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PHAN I. GIAI TiCH
A.NGUYEN HAM.
Vén dé 1. Cac ciu héi Iy thuyét.
Cau 1. Gia sit ham s6 F (x) 12 mot nguyén ham cta ham s6 f (x) trén K . Khang dinh nao sau day ding?
A. C6 duy nhit mot hang s6 C sao cho ham s6 y = F(x)+ C 1a mot nguyén ham ctia ham £ trén K.
B. V&i mdi nguyén ham G ciia £ trén K, ton tai mot hang s6 C sao cho G(x)= F(x)+C véi xe K.
C. C6 duy nhat ham s6 y = F(x) la nguyén ham ciia 7 trén K.
D. Véi mdi nguyén ham G cia f trén K thi G(x)= F(x)+C véimoi xe Kva C batky.

Cau 2. Cho ham s6 F (x) 1a mot nguyén ham ciia ham s6 £ (x) trén K . Ménh dé nao sai?
A. [ f(x)dx =F (x)+C. B. (j f(x)dx) = ().
C. ([/(ydx) = f'(0. o ] @)= P

Cau 3. Cho hai ham s& £ (x), g(x) laham sd lién tuc c6 F (x), G (x) 1an lugt la nguyén ham clia £ (x), g (x).
Xét cac ménh dé sau:
(I). F(x)+G(x) 1a mot nguyén ham cua £ (x)+ g(x).
(D). k.F(x) 12 mot nguyén ham cia if(x) voi keR.
(I1D). F(x).G(x) 1a mét nguyén ham ciia £ (x).g(x).
Céc ménh ding la
A. (D). B. (I) va (II). C. Ca 3 ménh dé. D. (II).
Cau 4. Trong cac khang dinh sau, khing dinh nao sai?
A. I(f(x) + g(x))dx = Jf(x)dx+ jg(x)dx.
B.Néu F(x) va G(x) déu la nguyén ham ciia ham s6 f(x) thi F(x)-G(x)=C la hing sé.
C. F(x)= Jx 1a mot nguyén ham cua f(x)= 2/x.
D. F(x)=x" 1a mot nguyén ham cua f(x) = 2x.
Ciau 5. Trong céac khang dinh sau khang dinh nao SAI?

A. [0dx=C (C la hing s6). B. [x“dr= !

x“'+C (C lahang sd).
a+1

C. jldx ~In|x|+C (C 1a hiing s6). D. [dr=x+C (C la hing s6).
X
Vén dé 2. Nguyén ham ciia ham sé da thirc.
Cau 6. Néu jf(x)dx =4x’ +x*+C thihams6 f(x) bang
3 3
x x
A. f(x)=x" +?+Cx_ B. f(x)=12x+2x+C.C. f(x)=12x"+2x.  D. f(x)=x4+?.
Cau 7. Nguyén ham cta ham sé f (x) =X +x 1a

A.%x4+%x3+c B.3x>+2x+C C.x’+x*+C D. x*+x*+C

Cau 8. Nguyén ham ctia ham s6 £ (x) = %x3 -2x*+x-2019 la



2 1 2 2
A. i)c“—zx3 +x—+C. al

B. —x'—=x'+=—-2019x+C.
12 3 2 9 3 2
2 2

C. ix“ —3x3+x——2019x+c. D. 1x“+3x3 X 2019x+C.
12 3 2 9 3 2

Cau 9. Tim nguyén F(x) ctia ham s6 f(x)z(x+l)(x+2)(x+3)?
4 11
A. F(x):%—@c3 +3x2 —6x+C. B. F()c)=x4 +6x° +11x* +6x+C.

4
X

C. F(x):Z+2x3 +l—21x2 +6x+C. D. F(x):x3 +6x° +11x* +6x+C.

Céu 10. Ho c4c nguyén ham cta ham so £ (x)=(2x+ 3)5 la

A F(x)z(le;;hc_ B. F(x)=

C. F(x)=10(2x+3)" +C.

Cau 11. Tim nguyén ham jx(xz + 7)15 dx ?
1

A. 5( 2+7)l6+C B.—3L2(x2+7)”’+c C. %(x2+7)'6+c D. %(x2+7)'6+c
Cau 12. Ho nguyén ham ctia ham sb f(x)=x° (x2 + 1)2021 la
A 1 (x2 +1)2023 ~ (x2 +1)2022 B (x2 + 1)2023 (x2 + 1)2022
"2 2023 2022 | ©o2021 0 2020
c (X2 +1)2023 (x2 +1)2022 . o l (xz +1)2023 _(x2 +1)2022 e
"T2023 2022 0 "2 2023 2022 '

Cau 13. Biét ring ham s F(x)=mx3+(3m+n)x2—4x+3 la mot nguyén ham ctia ham sé
f(x)=3x"+10x—4. Tinh m.n

A.m.n=1. B. mn=2. C. mn=0. D. m.n=3.

Vian dé 3. Nguyén ham citia ham so6 hiru ti.

CAu 14. Tim nguyén ham ciia ham sé f (x)= !

5x-2

A [ Lipse—2fec B. [—& —in[sx—2+C

5x-2 5 x=2
C_I‘h :_lmbx—4+c D.I‘h =5In|5x-2[+C

5x-2 2 S5y —

Cau 15. Tim nguyén ham cta ham s6 f(x)= . 12 trén (—oo,%j
—zX

A. In(2x-1)+C. B. —%1n(1—2x)+C. C. —%1n(2x—l)+C. D. %ln(2x—l)+C.



Céu 16. Tim nguyén ham cia ham sb f(x)=x*+ %
X

x o1 X 2
dx=—+—+C. B. x)dx=———+C.
'[f 3 x 'ff( ) 3 x
3 3
x 1 x 2
C. x)dx=——-——+C. D. x)dx=—+—+C.
[/ ()dv="—— [/ (x)de=
Céu 17. Ho tat ca cic nguyén ham cia ham s6 £ (x) = (3x—§2 trén khodng (2+%0) 1a
x=2
2 2
A.3In(x-2)+ +C B. 3In(x-2)- +C
x=2 x=2
C.3n(x-2)-—2—+c D. 3ln(x-2)+——+C.
x=2 x=2
2x—13 ~ A A .
Cau 18. Cho biét de aln|x+1|+bln|x—2|+C. Mg¢énh d¢ nao sau day dung?
X
A. a+2b=8. B. a+b=8. C.2a-b=8. D. a-b=8.

Cau 19. Ho nguyén ham ctia ham s6 £ (x)= L trén khoang (2;+OO) la
X —4ZX

o Dlr=2)+inx p, mxThn(x=2)
2 2
]n(x—Z)—]nx
c.————+C. D. In(x—-2)~Inx+C.

Cau 20. Cho biét I%dx =aln|(x=1)(x+1)|+bln|x|+C . Tinh gia trj bieu thic: P=2a+b.
X —X

A. 0. B.-1. c. L, D.1
2
Cau 21. Ddi bién 7 = x—1 thi j( m ~dx (6 thanh
x_
(t+1)* t+1 t+1
-2 drf
B.I ; 0 dr. D. _[
Cau 22. Tim tat ca cac ho nguyén ham cta ham s6 f(x)== 13 -
X +3X
1 x* 1 1 x*
A. dx = +C B. dx = — -—1 +C
J£ (x)ax 36 |x' 13 [ £ (x)ax 12x° 36 | +3
1 1 x* 1 1 x*
C. dx =—————1 +C D. dx = ———+—1 +C
J£ (x)ax 3x' 36 |x' 13 [ £ (x)ax 12x° 36 |x'+3
2022 b
, x—l 1 —1 x N
Cau 23. Biét J%dxz—.(x—lj +C,x#~-1véi a,beN" Ménh dé nao sau day ding?
X+ a \x+
A. a=2b. B. b=2a. C. a=2018b. D. »=2018a.

Céu 24. Cho = j dx =5 —bnfx[+2cin(1+x*)+C.Khidd S =a+b+c bing
X

= B.2. c. . D. 2.
4 4 4



Van dé 4. Nguyén ham ctia ham so chira can thirc.

Céu 25. Tim nguyén ham cta ham sb f(x) =+/2x-1.

A. _[f(x)dx— (2x-1)v2x-1+C.
C. If(x)dxz—%\/2x—l+C.

Céu 26. Nguyén ham ciia ham s6 f(x)=3/3x+1 1a

jf =(3x+1)Bx+1+C.

C. jf(x)dx =§%/3x+1 +C.
Cau 27. Nguyén ham ctia ham sb f(x) = ! %
242x+1

A [ f(x)dr =T eC.
C. [ f(x)dx=22x+1+C.

dx
x\/x+2+(x+2)\/;
thue. Gi4 tri cta biéu thac P=a +b la:

A. P=2 B. P=8

Ciu 28. Bibt j

Cau 29. Cho ham sd f (x) c6 dao ham lién tuc trén khoang (O;+oo). Khi @6 I

A. j(v§)+c B.f(J§)+c

x-3
Céu 30. Khi tinh nguyén ham | T
A. [2(u® -4)du. B. [(u®—4)du.
Cau 31. Nguyén ham P = [x3/x* + 1dx 12
A. P:%(x2+1)M+C
=§M+c

C.p

Cau 32. Nguyén ham R= .[ \/_dx la
x+1

vx+ +1
\/x+ 1

Nx+1+1
Vx+1-1

C. R=In +C

B. _[f(x)dxz%(2x—1)w/2x—l+C.
D. If(x)dxz%\/Zx—1+C.

B. [/ (x)dr=Bx+1+C.
D. J.f(x)dx:%(3x+l)\3/3x+l +C.

B. [f(x)dr=v2x+1+C.

!
b If(x)dxz(2x+1)\/2x+1JFC'

=ax—bJx+2+C véia b la cac sb nguyén dwong va C 13 hang s

C. P=46 D. P=22
f'(\/;)dx b
\/; ang
C. 21 (Nx)+C D. 27 (Jx)+C

=vx+1 ta dugc nguyén ham nao?

C. I(u2—3)du. D. I2u(u2—4)du.

\/x+ 1
Vx+ +1

Vx+1-1 C
Nx+1+1

D. R=In




CAau 33. Nguyén ham § = jx%/xz +94x 12

(x2 +9)2 Vx2+9

A §= ; —3(x*+9)Vx+9+C
2 2
C. S:(x +9)5 i +9—3(x2+9)2\/x2+9+C
Cau 34. Nguyén ham [ = ! - dx la
(1-x)
A. 3(1—x2)2+C B. al +C
1-x*

3
Céu 35. Cho | =jx—
xt+1

A X2 =u’-1 B. xdx =udu

Céu 36. Nguyén ham /= &
Au 36. Nguyén ham [ = |———1a
x*/9—x?

2 2
A.I=—9x+C B. = 9x+C
9x 9x
x3
Cau 37. Nguyén ham [ = I dx la
1+ x?
A. I:—l(xz—Z)\/l+x2 +C

3

C.1I :—%(xz +2)\/1+x2 +C

B (x2 +9)4 Vx2+9

B. 5= ; —3(x*+9)Vx+9+C
2 2 [
D.S:(x +9)5 * +9—3 xX>+9+C
2
c.—~X _icC p. V=¥ ¢
(1-¢) ¥

dx . Bing phép déi bién u =+/x* +1, khing dinh ndo sau day sai?

3

C. I=[(u*~1)udu D. 1=%—u+C

_2 _2
9x+C D.I=—9x

+C
9x? 9x*

B. /= (v -2+ +C
D. I:%(x2+2)\/1+x2 +C

Vin dé 5. Nguyén ham ciia ham s6 lwong giac.

Céu 38. Tim nguyén ham cia ham sb f(x) =2sinx.

A. IZsinxdx=—2cosx+C
C. j2sinxdx=sin2x+C

B. IZsinxdx=2005x+C
D. j2sinxdx=sin2x+C

. V4
Cau 39. Ho nguyén ham cta ham so y = cos (3x+gj la

A. If(x)dx=%sin(3x+%)+€

C. If(x)dx=ésin(3x+%j+€

Ciau 40. Phét biéu nao sau day ding?
cos2x

A. Isiandxz +C,CeR

C. Isin2xdx=2c052x+C,CeR

B. If(x)dx=—%sin(3x+%)+€

D. | f(x)dx=sin(3x+%}+€

B. jsin2xdx =cos2x+C,CeR

—cos2x

D.J-sin2xdx= +C,CeR



Cau 41. Biét If(x)dx =3xcos(2x~5)+C. Tim khing dinh ding trong céc khang dinh sau.
A. [ f(3x)dx =3xcos(6x—5)+C B. [ f(3x)dx=9xcos(6x—5)+C
C. [ f(3x)dx =9xcos(2x~5)+C D. [ f(3x)dx =3xcos(2x-5)+C

A <A . a e N ok A a .. A A LA:
Cau 42. Biét j(sm 2x—cos 2x)2 dx=x+—cos4x+C, vbi a, b 1a cac s06 nguyén duong, 3 1a phén s0 toi

gian va C e R . Gid tri ciia a +b bang
A. 5. B. 4. C.2. D. 3.

Cau 43. Nguyén ham F(x) ctia ham s6 f(x) =cos3xcosx, biét dd thi y = F(x) di qua gbc toa do 1a

A F(x):s1n4x+s1n2x B. F(x):s1n4x+s1n2x
4 2 8 4
C. F(x):cos4x+cos2x D. F(x)zsm8x+sm4x
8 4 8 4
, . 50, " . ,
Cau 44. Bict J.(coszx—sm2 x) sin dxdy = — 22 nx+C,Véi m,n, p e Z vaClahang so thuc. Gia tri cia
p
biéu thitc T=m+n+p 1a
A.T=9 B.7=14 C.T=16 D. T =18
Cau 45. Nguyén ham M :J‘ﬂdx la
1+3cosx
A. Mz%ln(1+3cosx)+C B. M:%1n|1+3cosx|+C
C-M=—%ln|l+3cosx|+C D-M=—%ln|l+3cosx|+C

CAu 46. Nguyén ham ctia ham s§ f(x)=3sin’ x. cosx 1a

A. sin’ x+C. B. —sin’ x+C. C. cos’x+C. D. —cos’ x+C.
CAu 47. Tim nguyén ham ctia ham sd £(x) = _sinx
1+3cosx
A. jf(x)dx=%1n|l+3cosx|+C. B. jf(x)dx=1n|1+3cosx|+c.
C. [ /(x)dx =31n[l+3cos x|+ C. D. If(x)dx:—%ln|l+3cosx|+C-
Céu 48. Tim cdc ham s £ (x) bidt f'(x) = ——>
(2+sinx)
sin x 1
A. f(x)=—+C. B. f(x)=—+
J@) (2+sinx)’ J&) (2+cosx)
C. f(x)=—— 4. D. f(x)=—2Y L.
2+sinx 2 +sin x

Cau 49. Tim ho nguyén ham cua ham s f(x) =tan’ x.

A. _[f(x)dx:%tan4x—%tan2x+ln|cosx|+C.



1 1
B. If(x)dx :Ztan4 x+5‘[an2 x—In|cosx|+C .
C. J.f(x)dx:%tan“ywétan2 x+In|cosx|+ C .
1 1
D._[f(x)dxzztan“x—Etaan—ln|cosx|+C :

Cau 50. Cho nguyén ham 7 = J. sin2x dx . Néu u =cos2x dat thi ménh dé nao sau ddy dung?

4 . 4
COS x+Ssin x

-1 1 1 1 2
A. ] = d B. 7= d C./1== d D. 7= d
'[u2+1 ! '[2u2+1 ! 2'[u2+1 ! '[u2+1 !
2 sinx+cosx+1)" . )
Céu 51. Cho [———"= 3dx=—( : )n+C,Vc’ri m,neN vaClahing sb thyc. Gid tri
(sinx+cosx+2) (sinx+cosx+2)

cuabiéuthtc A=m+n la

A. A=5 B. A=2 C. A=3 D. A=4

Van deé 6. Nguyén ham ctia ham so chira ham s6 mii, ham so logarit.

Cau 52. Tim nguyén ham cta ham s6 f(x) =7".

x+1

A. j7"dx=%+c B. j7de=7“l+c C. j7"dx=%+c D. j7fdx=7X1n7+c

CAu 53. Cho ham s6 f(x) =€ +2x. Khing dinh nao du6i day dung?
A. j f(x)dx=e"+x*+C. B. j f(x)dx=e"+C.
C. j f(x)dx=e" —x*+C. D. j f(x)dx=e" +2x* +C.

Cau 54. Nguyén ham ciia ham s§ y= e 1a

A. 2¢¥ 4+ C. B. ey C. C. lez"’1 +C. D. %ex +C.

2

Cau 55. Tinh F(x)= Iezdx , trong d6 e la héng SO VA e~ 2,718.

2.2 3
e

A. F(x)=%+c, B. F(x)=?+C, C. F(x)=éx+C. D. F(x)=2ex+C.

Ciu 56. Him s6 F (x) =¢" la nguyén ham cua ham s6 nao trong cac ham so sau

x2

e

A. f(x)szexz. B. f(x)zxze"2 —1. C. f(x)=¢". D. f(x)= e

Cau 57. Nguyén ham ctia ham s6 f(x)=2" (2’” + 5) la

A.x+5{12' )-q-C. B. x+52"In2+C.

n

C. 22 (isxltc. D.1+5| 2 |+cC.
In2 In2 In2

1

x

Cau 58. Cho F(x) la mot nguyén ham cua f(x) =3 3
e+

thoa man F(O) =10. Ham sb F(x) 1a




A. %(x—ln(2ex+3))+10+ln75 B. %(x+10—ln(2ex+3))
C. %Ex—ln(Zex+%D+ln5—ln2 D. %(x—ln(zex+3))+10+ i

Cau 59. Ham s f(x) c6 dao ham lién tyc trén R va: f'(x) =2¢" +1, ‘v’x,f(O) =2.Ham f(x) la

A. y=2e"+2x. B. y=2¢"+2. C. y=¢¢"+x+2. D. y=¢"+x+1.
Cau 60. Nguyén ham ctia ham sb f(x)zln_x la
X
In* x _
+C B. ! 1?x+C C.lnTx+C D. n*x+C
X

1
Céu 61. Nguyén ham 7= [——=dx 1a
xvInx+1

A. Tzﬁmw B. T=2VInx+1+C
C.T:%(lnx+1)M+C D.T=M+C
Chu 62. Tim ho nguyén ham cta ham s6 f(x)= et
A. '[f(x)dxzxg.ex3+l+C. B. [ f(x)dx=3¢""+C.
C. [f(x)dx=e""+C. D. [ f(x)d =%e"3+' +C.
Cau 63. Nguyén ham cta f (x)=sin2x.e™ " I
A. sin’ xe&™ 1 +C, B. ez—H+C C. & +C. D. ezl +C.
sin” x+1 sin” x—1
Cau 64. Nguyén ham ctia ham sb f(x) = ln(x+\/E) la
A. F(x)len(x+\/x2+1)+\/x2 +1+C. B. F(x)len(x+\/x2+1)—\/x2+1+C.

C. F(x):xln(x+m)+(f. D. F(x)zlen(x+\/ﬁ)+C.

2
Cau 65. Xét nguyén ham V =J-ln—xdx bit u=1++1+Inx, khing dinh nao sau day sai?
x(1+\/lnx+1)
dx (u2 —214)2
A. . (2u—-2)du B. v I - (2u—2)du
2 5 16 w16 3 2
Cv==vw-Zu'+—v’ -4’ +C D.V=-"ct+———u +4u +C
2 3 5 2 3

Cau 66. Cho ham sb f (x) = 2x%e"** + 2xe™", ta C()J.f(x)dx = me**? + nxe™ — pe** + C . Gid tri clia bicu
thirc m +n+ p bang

AL B.2 c. BB p. L
3 6 6



Cau 67. Biét If(2x)dx=sin2x+lnx. Tim nguyén ham If(x)dx.
A. If(x)dxzsin2§+lnx+C. B. If(x)dx=2sin2%+21nx+C.
C. [f(x)dr=2sin’ x+2lnx-In2+C. D. [ f(x)dx=2sin*2x+2Inx—In2+C.

Vén dé 7. Nguyén ham tong hop.

Cau 68. Ho nguyén ham ctia ham sb f(x) =e'+x la

A. e +1+C B. e +x*+C C.o+ix+C D. e +lyic
2 x+1 2
Cau 69. Tinh [ (x—sin2x)dx.
2 2 2
A X tsinx+C. B. * tcos2x+C. C. x2+cos2x+c_ p. L COS2X+C.
2 2 2 2
Cau 70. Tim ho nguyén ham ciia ham s6 y = x* —3" oL
X
3 x 3
A 2 Lo cer. B.X 31+Lic ceRr.
3 In3 «x 3 X
3 X 3 X
.x__3 +ln|x|+C,Ce]R. D.x——3 —ln|x|+C,Ce]R.
3 In3 3 In3
Cau 71. Ho nguyén ham cia ham sb f(x) =3x" +sinx 1a
A. X’ +cosx+C. B. 6x+cosx+C. C. x’—cosx+C. D. 6x—cosx+C.
Cau 72. Cong thirc nao sau day la sai?
A. jlnxdx=l+c. B. | L dr=tanx+cC.
X Cos” x
C. jsinxdxz—cosx+C. D.je"dxze"-l—C.
Cau 73. Trong cac khang dinh sau, khang dinh nao sai?
e+l
A. jcostdx:lsin2x+C. B. Ixedxz T _iC.
2 e+l
x+1
C. jldx=1n|x|+c. D. [e'dv="—+C.
X x+1
Cau 74. Ho nguyén ham cua ham sb f(x):l+sinx 1a
X
A. Inx—cosx+C. B. —LZ—COSX-FC. C. 1n|x|+cosx+C. D. 1n|x|—cosx+C.
X
Céu 75. Tim nguyén ham cia ham s6 f'(x)=e¢" [2022—2023(2 j
X
A. J.f(x)dx=20226x—2033+C. B. J.f(x)dx=20226x+20?3+C.
X X
2023 2023
C. x)dx =2022¢" + +C. D. x)dx =2022¢" — +C.
J.f( ) 4x4 J.f( ) 4x4

10



Cau 76. Ho nguyén ham ctia ham s6 y =¢* [2 T ] la

cos’ x
A. 2¢" +tanx+C B. 2¢" —tanx+C C. 2¢" - +C D. 2¢" + +C
cosx cosx
Cau 77. Him s§ F (x) =x ln(sinx—cos x) 1a nguyén ham cua ham s6 nao dudi day?
2 x” (cosx+sinx
A. f(x)z_x—. B. f(x)=2xIn(sinx—cosx)+ ( )
Sin x —cos x sin x —cos x
2 : 2
x“(sin x +cosx
C. f(x)= ( ) D. f(x)=2xln(sinx—cosx)+,x—.
sin x —cos x Sin X —Cos x

Céu 78. Cho ham s f (x) = 2\/;‘1n_2_ Ham sé nao du6i day khéng la nguyén ham cua ham sé f (x) ?

NP

A. F(x)=2"+cC B. F(x)=2(2" -1)+C
C. F(x)=2(2" +1)+C D. F(x)=2""+C
Céu 79. Tim ho nguyén ham ctia ham s 1 (x) = xe" !
A [ f(x)dx=3x¢""+C. B. [f(x)dr=3¢e""+C.
3
C. 'ff(x)dxzée’“3“+C. D. jf(x)dx=%ef“+c.

Cau 80. Biét Ixcos 2xdx = axsin 2x +bhcos2x+C vbi a, b 1a cac sb hiru ti. Tinh tich ab?

A. abzl. B. abzl. C. abz—l. D. abz—l.
8 4 8 4

Cau 81. Ho nguyén ham cua ham sb f(x) = 4x(l+ln x) la

A. 2x* Inx+3x%. B. 2x*Inx+x”. C. 2x*Inx+3x*+C. D. 2x°Inx+x*+C.

Cau 82. Ho nguyén ham ciia ham s6 f(x) = x.e™* la

1 5, 1
A. F(x)=—e™| x——= |+C B. F(x):lezx(x—2)+C
2 2 2
2x 2x 1
C. F(x)=2e (x—2)+C D. F(x)=2e (x—EjJrC
Cau 83. Ho nguyén ham ciia ham s6 f(x) =2x(1+e")la
A. (2x—1)e"+x2. B. (2x+1)e"+x2. C. (2x+2)ex+x2. D. (2x—2)ex+x2.
Cau 84. Ho nguyén ham ctia f (x) =xInx 1a két qua nao sau day?
A. F(x)zllenx+lx2+c. B. F(x)zllenx+lx2+c.
2 2 2 4
1, 1, 1, 1
C. F(x)z—x Inx——x"+C. D. F(x)z—x Inx+—x+C.
2 4 2 4
Céu 85. Tét ca cac nguyén ham ciia ham sé f(x) = .xz trén khoang (0;7) 1a
sin“x
A. —xcotx+In(sinx)+C. B. xcotx—In|sinx|+C.

C. xcotx+1n|sinx|+C. D. —xcotx—In(sinx)+C.

11



(2x2 +x)lnx+1

Cau 86. Ho nguyén ham coia ham s6 y = la
X
x° x’
A. (x2+x+1)lnx——+x+C. B. (x2+x—1)1nx+——x+C.
2 2
x° x’
C. (x2+x+1)lnx———x+C. D. (x2+x—1)lnx——+x+C.
2 2
A y (x—a)cos3x 1 . o o pa s 2 :
Cau 87. Biét F(x) = —T+—51n3x+2023 la mgt nguyén ham cua ham so f(x) = (x—2)sm 3x
c
(v6i a, b, ceZ). Giatri ciia ab+c bing
A. 14. B. 15. C. 10. D. 18.

Cau 88. Cho ham Séf(x) =2x%" " + 2xe™ , ta C(')If(x)dx =me" > + nxe** — pe** + C . Gia tri ciia biéu
thitc m+n+ p bang
1 13

A. — B. 2 C. — D.
3 6

[ BN

Cau 89. Cho ham sd F(x) 1a mot nguyén ham ciia f(x) = 2025 (x2 - 4)(x2 -3x+ 2). Khi d6 s6 diém cuc
tri cia ham sb 1a

A. 5. B. 4. C. 3. D. 2.
Ciu 90. Cho F(x) 12 mot nguyén ham ciia ham s6 £ (x) = ¢* (x* —4x). Ham s6 F(x +x) ¢6 bao nhiéu
diém cuc tri? F(x)

A. 6. B. 5. C. 3. D. 4.

Van dé 8. Cac bai toan nguyén ham cé di€u kién.

Cau 91. Néu F'(x)= va F(1)=1 thi gid trj ciia F(4) bang

2x—1
A. In7. B. 1+%1n7. C. In3. D. 1+In7.

CAu 92. Cho ham sé f(x) xdc dinh trén R\{1} thoa man fr(x):Ll, £(0)=2022, f(2)=2023.
o

Tinh S=1(3)-f(-1).

A. S =1n4035. B. S=4. C.S=In2. D. S=1.
, 1 1 :
Cau 93. Chohamsd f(x) théamén f'(x) = ax> +i3,f’(1)=3,f(1):2,f(5j:—a.1<hido 2a+b bing
X
A -3 B. 0. C.s. D. 2.
2 2

Cau 94. Biét F(x) 1a mot nguyén ham cia ham sb f(x) = va F (O) =0. Gia tri cua F(ln3) bang
A. 2. B. 6. C. 8. D. 4.

Cau 95. Cho ham s f(x) thoa man f'(x) =xe' va f(O) =2 .Tinh f(l) .
A. f(1)=3. B. f(l)ze. C. f(1)=5—e. D. f(1)=8—2e.

12



Cau 96. Goi F(x) 1a mot nguyén ham ciia ham s f(x) =xe . Tinh F(x) biét F(O) =1.
A. F(x)=—(x+1)e™"+2. B. F(x)=(x+1)e™ +1.
C. F(x)=(x+1)e™ +2. D. F(x)=—(x+1)e™ +1.
Cau 97. Goi F(x) 1a mot nguyén ham ciia ham s f'(x)=2", théa man F (0)= é Tinh gia trj biéu thire
T=F(0)+F(1)+..+ F(2022)+ F(2023).
92023 | 2202 22024 1

B. T =272, C.T= . D. T'=
In2 In2

A. T'=1009.

. ) 2 Vs
Cau 98. Biét F(x) 1a mot nguyén ham ciia ham f(x)=cos3x va F [5) =3 Tinh F (5) .

A. F(E}ﬁ” B. F(E}@ C. F(£J=ﬁ+6 D. F(ngﬂ

9 6 9 6 9 6

. T
Cau 99. Tim nguyén ham F(x) ciia ham s§ f(x)=sinx+cosx thod man F(Ej =2,

A. F(x)=—cosx+sinx+3 B. F(x)=—cosx+sinx—1

C. F(x)=—cosx+sinx+1 D. F(x)=cosx—sinx+3

Cau 100. Cho F(x) 1a mot nguyén ham cta ham sé f(x)=

. Biét F(%+kﬁ] =k véimoi keZ

COS2 X
Tinh F(0)+F(7z)+F(27)+..+F(107).
A. 55. B. 44. C. 45. D. 0.

Cau 101. Biét F(x) 1a mot nguyén ham ciia ham sé f(x)=sin’ x.cosx va F(0)=7. Tinh F (Ej

A F z =-T. B. F z =T7. C. F z :—1+7z_ D. F z :l+7z_
2 2 2 4 2) 4

2 . T
Cau 102. Goi F(x) la nguyén ham cua ham sé f(x)=sin’2x.cos’2x thoa F(ZJZO' Gid tri

F(20237) 1a

A. F(20227z'):—% B. F(20227z):0 C. F(zozzﬁ):_% D. F(zozzﬂ):%
Y in2x+cosx . T
Cau 103. Biét F(x) 1a mot nguyén ham f(x) = 22X T COSY o3 F(0)=2. Gia tri cuia F(—) 1a

( ) guy! f( ) m ( ) 9
242 -8 24/2+8 442 -8 442

A V2 B. J2+ C. J2 D. J2 48
3 3 3 3

2x+1

Cau 104. Cho 7 (x) 1a mdt nguyén ham ctia ham s f(x)== T trén khoang (0;+oo) thoa man
X +4iX +X

F(1)= % Gia tri cta biéu thirc S=F(1)+F(2)+F(3)+...+ F(2023) bang

13



A 2022 B. 2021.2023. C. 2022 1 ‘ D. 2022

" 2023 2022 2023 2023

In(x+3
Cau 105. Gia st F(x) la mot nguyén ham cta f(x) = (ij ) sao cho F(—2)+F(1) =0. Gia tri cla

F(-1)+F(2) bang

A. anZ—ilnS. B. 0. C. Z1n2. D. 2ln2+zln5.
3 6 3 3 6

Cau 106. Goi g(x) 1a mot nguyén ham cta ham s6 f(x) =ln(x—1). Cho biét g(2) =1 va g(3) =alnb
trong d6 ¢, b 1a cac s6 nguyén duong phan biét. Hiy tinh gia tri ctia 7 = 34> -

A. T=8. B. T=-17. C.T=2. D. T =-13.

Vin dé 9. Nguyén ham ciia ham 4n

Cau 107. Ham s6 F(x) nao sau ddy 1a mot nguyén ham ciia ham s f(x).g(x) , biét F(l) =3,

If(x)dx=x+Cl va Ig(x)dx=x2+C2.

A. F(x)=x"+1 B. F(x)=x"+3 C. F(x)=x*+2 D. F(x)=x"+4
Ciu 108. Cho [ f (x)dx =4x" +2x+C,. Tinh 1 =[x/ (") dx.

0 6

A T=2x"+x"+C. B.I=1—+—+C. C.l=4x"+2x"+C. D.I=12x"+2
Cau 109. Ham sb y=f(x) lién tuc théa min f(x)>0,/"(x)20;Vxe(0;+0),[(2)=4va
[£/(x)] =(x+1)" f(x)-Khido gid tri /(1) bing

A2 B. L. C. 0. p. 3.
16 16 4

Cau 110. Cho ham s y=f(x) thoa méan f'(x).f(x):x4+x2.Biét f(O):Z.Tinh f? (2)
313 332 324 323
A. 7 (2)=—. B. f*(2)=—"=-. C. f(2)=—/. D. /7 (2)=—".
f() 15 f() 15 f() 15 f() 15

CAu 111. Cho hai ham sb F(x),G(x) xac dinh va c6 dao ham 1an luot 1a f(x),g(x) trén R . Biét rang

3
F(x).G(x)=x"In(x*+1) va F(x).g(x)= x%):-l. Ho nguyén ham ciia f(x).G(x) 1a
A (¥ +1)In(x* +1)+2x* + C. B. (x*+1)In(x* +1)-2x" + C.
C. (x2 +1)1n(x2 +1)—x2 +C. D. (x2 +1)1n(x2 +1)+x2 +C.

Cau 112. Cho ham s6 f lién tuc va c6 dao ham trén R, f(x)>—l ‘v’xeR,f(O)=O va thoa man

£ N 1 =20 (x) 1 Tinh 7 (5).

A. 9. B.7. C.3. D. 0.
Cau 113. Cho ham s6 7 (x) xac dinh trén doan [—1;2] théa man f(0)=1 va (). () =14+2x+3x".

Gia trj nho nhat va gi4 tri 16n nhat ctia ham sd £ (x) trén [—1; 2] la

14



A. min /(x) = 7 ;max /() =343 . B. min /(x) = 55 max £ () _ 320
C. fgi%f(x)=%/3;1[l}la;]<f(x)=i/ﬁ . D. [rgi%f(x):%/z;r[{llaﬁf(x):% .

Ciu 114. Cho ham sd f(x) lién tuc trén ]R,f(x);éO vOol moi X va thoéa man f(l):—%,

f'(x) :(2x+1)f2 (x) Biét f(1)+f(2)+...+f(2022):%—1 voi a,beN,(a,b)=1 Khing dinh nao sau

day sai?
A. b—a=2022. B. ab<2019. C.2a+b=2022. D. 5<2020.

Céu 115. Cho ham s6 f(x) lién tuc trén R thoa man céc diéu kién: f(0)=2v2, f(x)>0, VxeR va
7 (x)./ (x)= (2x+1)f1+ /3 (x), VxeR.Khido gid tri f (1) bang
AN, B. V23 c. s, D. V2.
Cau 116. Cho y = / (x) lién tyc trén (0;400) thoa man 2xf ' (x)+ £ (x)=3x*v/x; f(l):%. Tinh f(4)?
A. 24, B. 14. C. 4. D. 16.
Céu 117. Cho ham s f(x) théa man(/'(x))" + f(x)./"(x)=x" —2x, VxeR vaf(0)=f"(0)=1.
Tinh gia tri ctia T'=f7(2).

A3 B. 16 c. 3B, p. 2%

"30° 15 15 15
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B. TICH PHAN.
Vin dé 1. Cau héi ly thuyét.

Cau 1. Cho f(x) 1a ham s6 lién tuc trén [a;b] (Vv6i a<b)va F(x) la mot nguyén ham cua f(x) trén
[a;b] . Ménh d& nao dudi day ding?

b
.

A. .lff(2x+3)dx=F(2x+3)
B. [jk.f(x)dx=k[F(b)—F(a)].

C. [f(x)dx=F(b)-F(a).
b
D. Dién tich S ciia hinh phing gi6i han boi hai dudng thing x = a,x = b, d6 thi ham s6 y = f(x) va
truc hoanh duogc tinh theo coéng thitc S =F (b) -F (a) .
Ciu 2. Himsb y= f(x) lién tuc trén[2; 9]. F(x) 1a mot nguyén ham ciia ham s6 f(x) trén [2; 9] va

F(2)=5; F(9)=4. Ménh dé nao sau day diing ?

A. }f(x)dxz—l. B. j.f(x)dle. C. j.f(x)dx=20. D. }f(x)dxz—l.

4
Cau 3. Cho ham sb f(x) lién tyc trén R va If(x)dx = 2. Ménh dé nao sau day la sai?
-2

3

A. jf(x+1)dx=2. B.jf(zx)dle. C.j.f(2x)dx=2. D. i%f(x—?.)dle.

-3

CAu 4. Cho hai ham sd y =f(x),y=g(x) , sb thuc k e R 1a cac ham sb kha tich trén [a;b] cRvac e[a;b]

Khi d6 biéu thirc nao sau day 1a bicu thire sai.

b b b b b
A [ f(x)-g(x)dx=[ £ (x)dx]g(x)dx. B. [k.f(x)dx =k[ f(x)dx.
b b c b
C. f(x)20,Yxe[ab]thi [ f(x)dr>0. D. [ f(x)dx=[f(x)+]f(x)dx.
Céu 5. Cho ham sb y = f(x) c6 dd thi ham s§ y = '(x) trén doan [-2;3] cho boi hinh v& bén. Gia trj
\Y
9 y=f'(x)
‘/lr\
1 I
3 O H .
-9 —1 1 2 ; aq
cta biéu thitc 7 = £(3)- f(-2) la
A. H =15. B. H =10. C. H =16. D. H=38.
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Vin dé 2. Tich phan ham da thirc

0
Cau 6. Tinh tich phan 7 = [ (2x+1)dx.

A. 1=0. B. /=1 C.1=2. D.]:—E.
Cau 7. Tich phan j(3x+1)(x+3)dx bang
0
A. 12, B. 9. C.5. D. 6.
Cau 8. Voi a,p 1a cic tham sb thyc. Gia tri tich phan I(?axz —2ax— 1)dx bang
A. b’ -b*a-b. B. b’ +b’a+b. C.b’~ba*-b. D. 36> -2ab 1.

2

1
Céu 9. Biét rang ham s6 f'(x)=mx+n thoa man jf(x)dx =3, jf(x)dx =8. Khang dinh nao dudi day
0

0

la dung ?

A.m+n=4. B.m+n=-4. C.m+n=2. D.m+n=-

Cau 10. Cho j (3x2 -2x+ l)dx = 6. Gia trj cta tham s6 m thudc khoang nao sau day ?

0

A. (-L2). B. (—5;0). C. (0;4). D. (-3;1).
1
Cau 11. Cho n 13 s6 nguyén duong khac 0, hay tinh tich phan 7 = .f (1 -x’ )n xdx theo n.

1 1 1 1

A. [ = . B./=—. C./= . D. /= .
2n+2 2n 2n—-1 2n+1
Vién dé 3. Tich phan ham s6 hitu ti.
Cau 12. ban
I 2x+3 &
A. Lin3s B. In’ c. ln? D. 2In .
2 5 25 5

3
LA x+2 ‘o , X
Cau 13. Biét I—dx=a+blnc, VOi a,b,ce Z,c <9. Tinhtong S=a+b+c.
1

A S=T7.

B. S=5. C.S5=8. D. S=6.
Cau 14. Tinh tich phan 7 = | ( )d
B.

A J== I=—+1 C. =1 D./=e
e
Cau 15. Biét J.Lzaln2+bln3+cln5.Khid()giétri a+b+c biang
x+1)(2x+1)

A. 3. B. 2. C. 1. D. 0.

Ciu 16. Biét [ = jMd =aln§+b,(a,beIR{).Khi d6 gid tri clia a + 4b bing
X
A. 50 B. 60 C. 59 D. 40

17



Cau 17. Biét fwd =a—Inb voi a,p 1 cac sb nguyén duong. Tinh P = 4> + 5.
0 X +2x+1

A. 13. B. 5. C. 4. D. 10.

1
Cau 18. Cho tich phan = jx—dx gid str ddt ¢ =1+ x>. Tim ménh dé dtng.
0

123 (e 2 (t-1) 13(e-1) 3E(e-1)
— I= dt C.j== dt D.;j== dt
2-1[ -1[ r 2-1[ ¢t 2-1[ ¢t
Cau 19. Cobaonhleusothuc adeJ. ~dx=1.
a+x
A. 2 B. 1 C.0 D.3

Vin dé 4. Tich phan ham vé ti.

2
Cau 20. Tinh tich phan [ = I2X\/ x* —1dx bang cach dat u = x*> — 1, ménh dé nao dudi day ding?
1

3 12 3 2
A 1 = [Nudu B.Izaj‘x/;du C. 1 =2[udu D. 7 = [udu
0 1 0 1
Céu 21. Cho =aln3+bIn5+cln7,v6i a,b,c 1a cac sb hitu ti. Ménh d& nao sau ddy dung?
'!x\/x-|—4 “me
A.a-b=-2c B. a+b=-2¢ C.a+b=c D.a-b=—
1
Cau 22. Tich phan .f bang
0
AL B. 2. c. L. D. 2.
3 2 3 3
d : ‘
Cau 23. Blet_[ al dx=~Ja—b-c véi a,b,c lacac so nguyén duong. Tinh P=a+b+c
D e+ DVx +xx+1
A. P=18 B. P=46 C. P=24 D. P=12

22 \
Cau 24. Cho tich phan 7 = J’ \J16 — x2dx va x =4sint. Ménh dé nao sau day ding?
0

1 b 1 3
A = 8I 1+c0s2t . B. I—léj sin®¢dt . Il cos2t)d =—16Icosztdt.
0
. 1 .
Cau 25.Bi¢t | ——=—=dx=a+bIn3+cIn5 (a,b,ce Q). Gidtricia a+b+c bang
'!l+\/3x+1 ( 0
AL, B. 2. c.t. p. &,
3 3 3 3
+x
Cau 26. Tinh [ = j j_
A-Iz(a2+1)\/a2+l—1. B.I:%[(a2+l)\/a2+l—l]
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C.I:%[(a2+l)\/a2+1+l] D. 1= (a’+1)Va’ +1+1.

1
Cau 27. Gia tri cua tich phan I —*_dx bang tich phan nao dudi day?
- X

A. Sll’l x C.

s a2
sin ydy. D.
cosy

2sin® ydy .
cosx

O i [N
O'—oN\N

2
2sin” ydy . B. j
0

S Tk

; Coare ot 2 ) T
Céu 28. Cho tich phan / =.f néu doi bién so x =2sint,t € (_E’Ej thi ta duoc.

dx
0 \/4-)&'2

: : : »
A.]:Idz. B-I:jdt- C.[:Itdz. D.]:I—.
0 0 0 Ot
3 r
Cau 29. Biét J' dx = axlb +c véi a,b,clacac songuyénva b > 0. Tinh P=a+b* —c.
o x+1+x° 15
A. P=3. B. P=7. C. P=-7. D. P=5.

Cau 30. Biét [———dx=a+bv2 +c/35, a, b, clacacsd hitu ty, tinh P=a+2b+c—7
'1[3x+\/9x -1

A _ L. B. 86 C. 2. p. &7

9 27 27

Vin dé 5. Tich phan ham lwong giac.

T

Cau 31. Cho ham s6 f(x). Biét /(0)=4 va f'(x)=2sin’x+1, VxeR, khi d6 ff(x)dx bang
0

2 _ 2 2 2 _
A n-+167 4. B. Vs 4. C. Vs +157r‘ D. n-+167x 16.
16 16 16 16

T

r r 4 N
Cau 32. Cho ham sé £ (x) Biét r(0)=4 va f'(x)=2c0s’ x+3, Vx€R, khi do J'f(x)dx bang?
0

7t +87r+8 48742 7t +67+8 7 +2
T. B. T C. T D. 8 .

Cau 33. Gia tri cia [sin xdx bang

O 0 [N

A. 0. B. 1. C.-l. D. ~.
2
A g 3 3sinx—cosx -11 , b 9
Cau34.BletJ' dx = In2+bIn3+c(b,ce Q). Tinh —7
v 2sinx +3cosx 3 c
22 227r 22 2

A == B. —— C. ——. D. —/—.
3 3 3z 13



Cau 35. Tinh tich phan 7 = .[cos3 x.sin xdx .
0

A =_L B.1=—%7r4 C.l=-r* D. /=0

4

V4

3 . .
Cau 36. Cho tich phan 7 = J‘Jz +cos x.sin xdx . Néu dat £ =2+cosx thi két qua nao sau day dung?
0

2 3 2 7
A 1= [Vrdr. B. I = [udt. C. 1=2[udr. D. 7= [idr.
3 2 3 0
T gin? ‘ ‘
Cau 37. Tinh tich phan / = | % 4x bang cdch ddt u=tanx, ménh d& nao dudi dy ding?
0COS X
% 2 1 1 1
Ao 1= [uidu. B. [ =[—du. C. I=—[u’du. D. 7= [u’du.
0 Ou 0 0

CAu 38. Co bao nhiéu sb a € (0;2072') sao cho .fsins xsin 2xdx = %
0

A. 10. B. 9. C. 20. D. 19.
4 : :
Cau 39. Biét j 1 dx _a3+b ,voi ,bEZ,c €L va a,b,c 1a cac sb nguyén td cung nhau. Gia tri cia
o 1+sin x c

tong a+b+c bang

A. 5. B. 12. C.7. D. 1.
>
Céu 40. Cho tich phan s | L“"zcix —aln5+bIn2 v6i a.b e 7 . Ménh d& nao dudi day dang?
° COSX+
3
A. 2a+b=0. B. a-2b=0. C. 2a-b=0.. D. a+2bh=0..
Z .
Ciu 41. Cho [ STE de=aln2 45, v6i 4, b la céc sb hiruti, ¢ > 0. Tinh téng m.
o (cosx) —5cosx+6 c
A. S=3. B. S=0. C.S=1. D.S=4.

Vin dé 6. Tich phan ham mii va logarit.

Cau 42. Cho F(x) 1a mot nguyén ham cia ham sb f(x)= InX Tinh: 1= F(e)—F(l)?
X

A 7=t B./-1 C. =1 D.l=¢
2 e

1
Cau 43. [¢"'dx bing

0

A. %(64 te) B. ¢ —c C. %(64 _e) D. e —e

2
Cau 44. Cho Ie“"ldx = m(ep —eq) v6i M, p, geQ valacac phan sd téi gian. Gid tri m+ p + ¢ bang
1

A. 10. B. 6. C. —. D. 8.
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In6 x
Ciu 45. Biét tich phan .f

o 1++e" +3

A. T=-1. B. T=0. C.T=2. D. T=1.

dr=a+bln2+cln3,véi a, b, Clacacsdnguyén. Tinh T=a+b+c

Cau 46. Biét | dx=a+b\2 véi a,b 1a cac s hitu ty. Tinh S=a+b.

Inx
L XN/ 1+ Inx

A S=1. B.s=1. C.s=2. D.5=2
2 4
R . ) t3lnx+1 . .
Cau 47. Cho tich phan ]=J. dx. Neéu dat ¢t =Inx thi
X
1
l3t+1 e3t+1 ‘ L
A 1=[=] B. /= j C. I=[(3t+1)ds. D. 7= [(3t+1)de.
0 e 1 1 0
Ciu 48. Cho J = J'ln—xdx_aln3+b1n2+_,véri a,b,ceZ.thmgdinhnéo sau dau duang.
X 1nx+2) 3
A. a®>+b P+’ =1. B. a*+b*+c*=11. C.a’+b*+c*=9. D. o’ +b>+c*=3.
In2 d_x

Cau 49. Biét [ = = l(ln a—-Inb+Inc) v6i 4, b, Cla cac sd nguyén duong.

0 e"+3e"+4 ¢

Tinh P=2a-b+c.

A. P=-3. B. P=—1. C. P=4. D. P=3
Vin dé 7. Tich phan tong hop.

Cau 50. Biét rang jxex Pdx = 2(@ —e ) V6i a,b,c e 7. Giatri cia a+b+c bang

A. 4. B. 7. C.5. D. 6.
+1 . .
Cau 51. Biét I—dlen(aeer) V6Ol a,b la cac sO nguyén duong. Tinh gid tri cta biéu thuc
X +xlnx
T=a’-ab+ bz.
A. 3. B. 1. C.0. D. 8.

, 2 L » . . .
Cau 52. Biét J‘(x+1)2 e *dx=me? —n,trong d6 m,n, p,q la cac so nguyén duong va £ la phén so toi
gign. Tinh T =m+n+p+q.

A. T =11. B.T=10. C.T=17. D. T =8.

Céu 53. Cho ham sé y= f (x) ¢6 dao ham trén R d6ng thoi thoa man f (O) =f (1) =5. Tinh tich phan

= J‘f e’ Mdx

A. 1=10 B.7=-5 C.1=0 D.I=5

4

Cau 54. Biét I=.|.xln(x2 +9)dx=aln5+bln3+c trong d6 a,b,c 1a cac sd thuc. Gia tri cua biéu thic
0

T=a+b+c la:

A. T=11. B. T=09. C. T =10. D. T'=8.
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CAu 55. Cho j(3x3 —1)1nx+3x2 -1

1

dx = ae’ +b+c.ln(e+1) VOi a,b,c 1a cac sb nguyén va Ine =1. Tinh
1+ xlnx

P=a’+b>+c".
A. P=9. B. P=14. C. P=10. D. P=3.
Vin dé 8. Tich phan ding tinh chit.
2 2 2
Ciu 56. Biét If(x)dx=2 va Ig(x)dx=6, khi d6 I[f(x)—g(x)]dxbéng
1 1 1
A. 8. B. 4. C. 4. D. 8.

1 1 1
Cau 57. Biét tich phan [ f(x)dr=3 va [g(x)dx=—4.Khido [[f(x)+g(x)]dx bing
0 0 0

A. 7. B.7. C. 1. D. 1.
Cau 58. Cho. Jz.f(x)dle, jf(t)dt=—4.T1’nh jf(y)dy.

AT=s. Br-. e D.I=-5.
Cau 59. Cho Iozf(x)dx:3 va jozg(x)dx=7, khi do joz[f(x)+3g(x)]dx bing

A. 16. B. -18. C. 4. D. 10.

8 12 8
Céu 60. Cho ham s f(x) lién tuc trén R thod man If(x)dx=9, If(x)dx=3, If(x)dsz. Tinh
1 4 4

12
I=[f(x)dr.
1
A. 1=17. B. [=1. C. [=11. D./=7.
Cau 61. Cho 7, g lahai ham lién tuc trén doan [1;3] thod man
3 3 3
I[f(x)+3g(x)]dx =10, I[Zf(x)—g(x)]dx =6. Tinh J.[f(x)+g(x)]dx.
1 1 1

A. 7. B. 6. C. 8. D. 9.

V4 V.4

2 2
CAu 62. Cho J'f(x)dxzs.Tinh 1:”f(x)+2sinx]dx:5.
0 0
A 1=7 B.1:5+% C.1=3 D.[=5+7%

Ciu 63. Cho jf(x)dx=2 va jg(x)dx:—l. Tinh I:j[x+2f(x)—3g(x)]dx.

-1

Ar=1 B.7=2 cr=1 p. -l
2 2 2 2
~ £ 4R ., \ £ < 2tdt s
Cau 64. SO diém cuec tri cia ham so f(x):j - la
S 1+t
A. 0 B. 1 C.2 D.3

2 3
Cau 65. Cho y= f(x) 12 ham sd chan, lién tuc trén [—6;6]. Biét ring J.f(x)dx=8; _[f(—Zx)dx =3.
1

-1
6
G trj ctia 7= [ f(x)dx la
-1
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A.I1=5. B./=2. C.1=14. D. /=11.
Cau 66. Cho ham sd f(x) lién tuc trén R va Tf(x)dxz 2018, tinh Izjxf(xz)dx.
0 0

A. 1=1008. B. 1=2019. C. 1=2017. D. 7 =1009.

NP

A. 1. B. 4. C. 2 D. 8.

Céu 67. Cho jf(x)dx:2. Khi d6 j‘@dx bang
1 1

Cu 68. Cho jf(x2+l)xdx=2 . Khi do 1=jf(x)dx béng
1 2

A2 B.1 C.4 D. -1

7 7
CAu 69. Cho f/(x) lién tuc trén R thoa man f(x)=f(10~x)va [ f(x)dx=4. Tinh I = [xf (x)dx
3

3

A. 80. B. 60. C. 40. D. 20.

T

1 6
Cau 70.Cho [ /(x)dx=9. Tinh 7 = | f (sin3x)cos3xdx.
0 0

A.I1=5. B.7=9. C.1=3. D. [=2.

T

2,52 3 1
AREREEERNE VN ]:ZIf(sinx)cosxdx+3If(3—2x)dx-
0 0

Céu 71. Cho ham s6 y:f(x):{

5-x;x<1
Ar=L B. [=31. C.1-32. D. =32
6 3
2 gsinx J3cosx+1 .
Cau 72. Cho I=If(x)dx=2. Gia tri cua I f( )dx bang
1 0 V3cosx+1
A2 B. -4 c.t. D. -2
3 3

In2

Cau 73. Biét j‘f(x)dx=5 va jf(x)dx=20. Tinh j.f(4x—3)dx— J. f(ezx)ezxdx.
1 4 1 0

15 5

A [=—. B. I=15. C.I= D. 1 =25.
4 2

Cau 74. Cho f(x)la ham s lién tuc trén R thoa man f(x)+ f(2—x)= xe' , VxeR. Tinh tich phan

Izjf(x)dx.

4
e —1 _
A T=—r. B. =21 C.r=e'-2. D.[=¢' 1.
4 2
z \
Céu 75. Cho IM:lO.Tinh [ £ (x)dx?
. cos’x o
A. 6. B. 3. C. 5. D. 10.
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V.4

; 4 1.2
Cau 76. Cho ham so f(x) lién tuc trén R théa man jf(tan x)dx:3 va J'x f(x)dle_ Tinh
0

o X7+l
1
Iz.[f(x)dx.s
0
A.I1=2. B./=6. C.1=3. D. [=4.
, 3 B o £ (V)
Cau 77. Cho ham so f(x) lién tuc trén R va thoa man Icotx.f(sm X)dX=I B dx=1. Tinh tich
% 1
1
phﬁnjf(4x)dx
X
8
A 1=3. B./-2. C.I=2. D.7=2.
2 2

5
Cau 78. Cho ham s6 /() thoa f(0)=/(5)=1. Biét [e*[ f(x)+f'(x)]dx=ac’+b, a.b e Z . Tinh
0

biéu thire O=a™> +b™.

A. 2. B. 3. C. 4. D. 5.
. . f(Z\/;_l) Inx
Ciu 79. Choham so f (x) lién tuc trén doan [1;4] va théa man f (x) = ym + . Tinh tich phan
X X
4
1= J.f(x)dx
3
A I=3+2In"2. B. I1=2In"2. C.I=In"2. D. /=2In2.
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C. UNG DUNG CUA TiCH PHAN

Vin dé 1. Ung dung tich phan dé tinh dién tich hinh phing, thé tich khoi tron xoay
Ciau 80. Dién tich phan hinh phang t6 den trong hinh v& bén dudi duoc tinh theo cong thirc nao dudi day?
y=Jx

—2 ol 1 ‘
1T N

S ()= g(x))dx. B. [ (g()~/(x))dx
)

C. @u)fu>w+jﬂm g(x))dx

j(
X

S (x)—g(x))dx

N!—.o N'—.m

+ [(g(x) = £(x))dx. D.

Céau 81. Dién tich phan hinh phang gach chéo trong hinh vé& bén duoc tinh theo cong thirc nao dudi day?
i

\@r T
/1
i

R TR
A.i —x? +4x - 3 dx. B. j _— +2x+11 dc. C. j(xz—zx—n)dx. D. jx —4x+3
1 1 1 1

Ciau 82. Dién tich phan hinh phang gach chéo trong hinh v& bén duoc tinh theo cong thirc nao dudi day?

Ay
Y=x2+x-2 1 ,'Illu'r

\ l_)<¢/i x
\ &
y=2 22 4 -1
j ~2x" +3x* —1)dx . B. j(2x3—x2+2x—3)dx
i |
- >
C. j(2x3—3x2+1)dx. D. j(—2x3+x2—2x+3)dx.

|
2 2

Cau 83. Dién tich phan hinh phing gach chéo trong hinh v& bén dugc tinh theo cong thirc nao dudi day?
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A. (x3—5x2+9x—7)dx.

B. (—x3 +5x° —9x+7)dx.

C. (—x3 +x° +9x—9)dx.

D.

— e L) Cy ) C— 00 e 0

(x3 —x’ —9x+9)dx.

Ciu 84. Tinh dién tich S cta hinh phang (phan gach soc) gii han
boi hai db thi ham s6 £ (x)=+/x;g(x)=x~2 va truc hoanh la:

A s=1. B.s-10
3 3

Cc.s-11 D.s-13,
3 3

CAu 85. Cho hinh phing (H) duoc giéi han boi dd thi ham s§ y = €™, truc Ox, 0y va dudng thing x =2

Tinh dién tich S hinh phang trén.
A et -1, B. l(e4 ~1). C. Lot D. 1(64 +1).
2 2 2

Céu 86. Goi S 1a dién tich cua hinh phing gidi han béi cac dudong y= ln_zx ,y=0,x=1, X=€. Ménh
X

dé nao dudi day dang?

¥ < e 2 e 2
aseal™e ms=[Ma esof(mae poseof( e
1 X 1 T\ x

2
X x

Cau 87. Dién tich hinh phfmg duoc gidi han bdi cac duong y = sin 2x;y = cosx va x =0;x :% la

Al B. L c.3 p. L
4’ 6 2’ 2
Ciu 88. Dién tich hinh phang gi6i han béi cac duong y =2x—1; y= é; x=3la:
X
A. 4-6In6. B. 4+6In2. c. D. 2.
3 24 6
Céu 89. Dién tich hinh phang gi6i han boi cac duong y=¢€*; y=1va x=1 la:
A. e-2. B. e C. e+l. D. I-e.

Cau 90. Tinh dién tich hinh phing giéi han boi dd thi ham sé y=4x—x" va truc Ox

B. 3. c. 3! p. 2.
3 3 3

A. 11,

Cau 91. Dién tich hinh phéng gi6i han béi hai duong ¥=X" +11x—6 va y=6¢ 1

A. 52, B. 14. c. L. p. L,
4 2
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Cau 92. Goi S 1a dién tich hinh phing gi6i han béi d6 thi ham s (H): y == 1 va cac truc toa do. Khi
X+

d6 gia tri cia S bang

A. §=2In2-1. B.S=In2+1. C.S=In2-1. D. S=2In2+1.
Cau 93. Tinh dién tich hinh phing gi6i han boi hai do thi (P):y:—%(x2—8x+7), (H):y= )3“7.
- X

A.3,455.B.9-8In2. C.3—In4. D. %+4ln3+8ln2,

Cau 94. Dién tich hinh phing gii han boi cac b thi y =|x* —4x+3| va y=x+3 I

A2 B 22 c. % p. 20,
6 6 6 5

Céu 95. Choham s y=f (x) c6 d0 thi nhu hinh v&. Biét cac mién A4 va B ¢6 dién tich lan luot1a 4 ; 1.

Tinh 7 =-2[4xf(x2)dx.
1

o| 1 :;@.1 T
!

A.1=6. B. /=10. C.1=8. D. [=12.

Cau 96. Biét rang parabol (P) :y* =2x chia dudng tron (C ) :x° +)”* =8 thanh hai phan 1an luot c6 dién
tich1a S, S, (nhu hinh v&). Khi d6 S,-S, =ar _b Vo1 a,b,c nguyén duong va L2 1a phan s6 t6i gian.
C

Tinh S=a+b+c.

A. §=13. B. §=16. C.§=15 D. §=14.

Cau 97. Cho (H ) 1a hinh phéng gi6i han boi parabol y=\/§x2 va nura duong tron tam (H) ban kinh bang
2 nam phia trén truc hoanh (phéan t6 dam trong hinh v& bén). Dién tich cta (H ) duoc tinh theo cong thirc

nao dudi day?
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A. S=H\/ﬁ—\/§xﬂdx. B. S=2.j[m—\/§xﬂdx.
C.Szj[\/gxz—\/H}dx. D.S=j|:m—ﬁx2:|dx.

Cau 98. Dién tich hinh phing giéi han boi cac duong y=mxcosx; Ox ; x=0;x=r bang 37 .Khi d6
m la:

A. m=-3. B. m=3. C. m=-4. D. m=413.
Cau 99. Cho Parabol (P) :y=x"+1 va duong thing 4 .y = mx+2 voim la tham s6. Goi M 1a gia tri ctia
m dé dién tich hinh phang gi6i han boi (P) va d 1anho nhat. Hoi 7}, nam trong khoang nao?

1
A (E- D). B. (031). C. (). D. (:3).

Cau 100. Goi (#7) 1a hinh phang giéi han boi dd thi ham sé ¥ =—X" +4X va truc hoanh. Hai duong thing
y=mva y=n chia (H)thanh 3 phan cé dién tich bang nhau( tham khao hinh v&). Gia tri cua biéu thirc
T=(4-m) +(4—n) bang

Pl
A ——

(&) \

\

A.T:ﬁ. B.Tzﬁ. C. T =405. D.T:E.
9 15 2
Cau 101. Goi (H) 1a hinh phing gi6i han béi cac dudng: y = sin x ; Ox ; x =0; x=7. Quay (H) xung quanh
truc Ox ta duge khdi tron xoay co thé tich la

2
T
A —. B. . C. 7 D. 7°.
2 2

Cau 102. Goi (#) 14 hinh phang gi¢i han béi cac duong y=vx.Inx, truc Ox.x =1,x = e, Tinh thé tich
khdi tron xoay dugc tao thanh khi quay hinh phang (#) quanh truc Ox.

(e’ +1 (e—1 r(e+l (e’ -1

a2l g 7D ¢ et p. 7L
4 3 3 4

Cau 103. Thé tich cua khéi tron xuay duoc gidi han bdi y = +/x cos x +sin® x;y = 0;x = 0;x = %,121

A 7(3xr —4 B 7(57+4) C 737 +4) D 7(37r+4)
4 4 T4 s

Cau 104. Tinh thé tich vat thé tron xoay do hinh phang gidi han boi y=+Inx, truc Ox va dudng thang
x =2 quay xung quanh truc Ox .
A. 2In2+1, B. 27In2+ 7. C.27rIn2—r. D. 2In2—1.
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Cau 105. Thé tich ctia khdi tron xoay khi cho hinh phing gidi han boi Parabol (P) y=x"va dudng thing
d:y=2x quay quanh truc Ox bang
2

2 2 2 2 2
A. 7rJ. 4x2dx—ﬂjx4dx . B. ﬁ.[(xz —Zx)2 dx. C. ﬁj4x2dx+ ﬁj)ﬁdx . D. 7[.[()62 —Zx)dx.
0 0 0 0 0 0
Cau 106. Thé tich khdi tron xoay khi quay quanh truc Ox hinh phang gidi han boi cac duong
y=xlnx,y=0,x=e cb gia tri bang E(b.e3 —2) trong d6 a, b 1a hai s6 thuc nao duéi day?
a
A. a=27,b=5. B. a=24,b=6. C.a=27,b=6. D. a=24,b=5.
Cau 107. Cho (H) 14 hinh phang gi6i han boi duong y:\/; va y:xz. Thé tich cua khéi tron xoay tao
thanh khi quay hinh (H) quanh truc Ox bang

A 3% B. > c.2 p. 27
10 10 70 70
. . x2 2 N
Cau 108. The tich khoi tron xoay khi cho Elip — + ;:—2 =1 quay quanh truc Ox bang
a
A. i7razb. B. i7ral)2. C. gﬂazb. D. —gﬂabz.
3 3 3 3

Vin dé 2. Ung dung tich phan dé giai quyét bai toan thuc té
Cau 109. Mdt tau Iva dang chay vadi van tdc 200 m/s thi nguoi lai tau dap phanh ; tr thoi diém do, tau
chuyén dong cham dan déu véi véan toe v(t ) =200—20¢ m/s. Trong d6 ¢ khoang thoi gian tinh bang giay,
ké tir lac bat dau dap phanh. Hoi tir lic dap phanh dén khi ding han, tau con di chuyén dugc
A. 1000 m. B. 500 m. C. 1500 m. D. 2000 m.
Cau 110. (Dé thi thir danh gia niing lwe 2022-PH Bich Khoa Ha Noi) Mot 6 t6 dang chay thi ngudi ta
dap phanh. Tir thoi diém do, 6 to chuyén dong cham dan déu véi van toe v(¢) =a—8¢(m/s) trong d6 ¢ (gidy)

1a khoang thoi gian tinh tir lac bat dau dap phanh va a 1a mot hang sé duong. Biét rang tir lac dap phanh
dén khi dirng han, 6 t6 di chuyén duoc 36m. Khang dinh nao sau diy ding ?

A. ae(18,21). B. ae(25,28). C. ae(15,18). D. a(23,25)
Cau 111. Hai nguoi 4, B dang chay xe nguoc chiéu nhau thi xay ra va cham, hai xe tiép tuc di chuyén
theo chiéu cta minh thém mot quing dudng nita thi ding han. Biét rang sau khi va cham, mot ngudi di
chuyén tiép vé6i van toe V,(£) =6—3f mét trén gidy, ngudi con lai di chuyén véi van tée v, () =12—4¢
mét trén gidy. Tinh khoang cach hai xe khi d ding han.

A. 25 mét. B. 22 mét. C. 20 mét. D. 24 mét.
Cau 112. Mot vat chuyén dong trong 3 gio v6i van tde V(km/ h) phu thudc vao thoi gian (h) c6 do thi
van téc nhu hinh bén. Trong khoang thoi gian 1 gio ké tir khi bat dau chuyén dong, dd thi d6 1a mot phan
cua duong parabol c6 dinh / (2;5) va truc ddi ximg song song véi truc tung, khoang thoi gian con lai do

thi 1a mot doan thing song song véi truc hoanh. Tinh quing dudng ma vat di chuyén dugc trong 3 gior do.
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v(km/h)

A. 15 (km). B. 32 (km). C. 12 (km). D. 3_35 (km).

Céu 113. Mot vat chuyén dong trong 6 gio v4i van tdc v(km / h)phu thudc vao thoi gian l(h) c6 dd thi
nhu hinh dudi. Trong khoang thoi gian 2 gid tir khi bat dau chuyén dong, dd thi 1 mot phan dudng Parabol

c6 dinh [/ ( 3;9)Vé c6 truc ddi xtmg song song véi truc tung. Khoang thoi gian con lai, d6 thi van tdc 1a mot

dudng thang c6 hé sb goc bang i— . Tinh quing dudng Sma vat di chuyén duoc trong 6 gid?

y I

A (k). B. 9(km). C. 40(km). D. 222 (k) .

Cau 114. Mot nghién ciru chi ra rang sau x thang ké tir bay gid, dan s ctia thanh phd A sé ting véi toc do
v(x) =10+2+/2x+1 (ngudi/thang). S dan ting thém cta thanh phd trong 4 thang téi gan nhat véi két qua
nao sau day?

A. 77. B. 47. C. 57. D. 67.

Céu 115. Trong mot dot x4 Iii, nha may thay dién H6 Ho di xa 1i trong 40 phut véi tc do luu lwong nude
tai thoi diém ¢ gidy 1a v(¢)=10¢+ SOO(m3 / s) . Hoi sau thoi gian xa 1ii trén thi hd chira nuée ciia nha may
da thoat di mot lugng nudce 1a bao nhiéu?

A. 25 tridu khbi nuée.  B. 45 tricu khdinuée.  C. 35 triéukhdi nude.  D. 30 triéu khéi nude.
Céu 116. Sau ¢ gio lam viéc mot ngudi cong nhan co thé san xuét véi toe do 1a q(t) =100+¢™*" don vi
san pham trong 1 gio. Gia sir nguoi d6 bat ddu lam viée tir lic 8 gio sang. Hoi ngudi d6 s& san xuat dugc
bao nhiéu don vi san pham giita 9 gio sang va 11 gid trua?

A. 201,76 don vi san pham. B. 200,76 don vi san pham.

C. 202,76 don vi san pham. D. 203,76 don vi san pham dong.

Cau 117. Mot cong ty san xuit san phdm A, gia sir chi phi can bién khi x san pham duoc san xuét 1a
q(x) =x’ —6x" +40 USD/ san pham. Hoi tong chi phi san xuat s& ting 1én bao nhiéu néu san pham san
Xudt ra tang tir 3 san pham dén 7 san pham?

A. 180USD. B. 160USD. C. 108USD. D. 106 USD.
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Céu 118. Ban An xdy mot bé ¢4 hinh tron tim O ban kinh 10m va chia n6 thanh 2 phan nhu hinh v& sau.
Ban An s€ tha ca canh v61 mat do 4 con ca canh trén 111126 ph?m bé gidi han bdi duong tron tdm O va
Parabol c6 truc dbi xtmg di qua O va chira O. Goi S 1 phan nguyén ciia dién tich phan tha ca. Hoi ban An

tha dugc bao nhiéu con ca canh trén phém bé co dién tich S, biét 4,B E(O) va AB=12m?

;|

A. 560. B. 650. C. 460. D. 640.
Cau 119. Mot cai céng hinh parabol nhu hinh vé. Chiéu cao GH =4m, chiéu rong AB =4m,
AC = BD = 0,9m .Cht nha 1am hai canh cong khi déng lai 1a hinh chir nhat CDEF t6 dam gia 1a 1200000

ddng/m?, con cac phan dé tring lam xién hoa c6 gia 1a 900000dong/m>.

G

Hoi tong chi phi dé 1 hai phan néi trén gan nhat véi s tién nao dudi day?
A. 11445000 (dong). B. 7368000 (d6ng). C. 4077000 (dong). D. 11370000 (dong)

Cau 120. (D@ thi thir tot nghiép THPT s¢ GDDT Ha ndi — 2022). Mot vat chuyén dong trong 10(s) v6i

vén tde v(m /s) phu thudc vao thoi gian ¢(s) co dd thi nhu hinh v& sau:

I
I
[ T ——

I
I
O 1
3 0t
Quing duong vat chuyén dong duoc trong 10 gidy bang
A8, B. %, c. o, D. &,
2 2 2 2
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D. SO PHUC.
Vin dé 1. Cau héi Iy thuyét.

Cau 1. Cho hai s6 phtc z=a+bi(a,beR) va z=a'+b'i (a, beR). Diéu kién giita a, b, a', b’ dé

z+Zz' 1amot s6 4o 1a

a+a'=0 a+a'=0
A. b+b'=0. B. . C. . D.a+ad =0.
b+b'#0 b+b'=0

Céu 2. Cho sb phitc z = a + bi (a,b € ]R) tly y. Ménh dé nao sau day diing?
A. M6 dun cta > 1a mot sd thuc duong.
B. 2% = |Z|2.
C. S6 phirc lién hop ciia - ¢6 md dun bang mé dun cua sd phirc iz .
D. Diém M (—a;b) 1a diém biéu dién ciia Z .
Cau 3. Cho s6 phitc z = a +bi V6i a, b 12 cac s6 thuc bat ky. Ménh dé nao sau day ding?
A. Phin 40 cta - 1a bi. B. Modun cua 2> bang o + b2.
C. z—Z khong phai 1a s6 thyc. D. S6 - va Z c¢6 mddun khac nhau.
Cau 4. Cho sb phitc z = a + bi (a,b eR,a,b# 0) . Ménh & nao sau day ding?

A.Z—EER. B. Zz=|Z|2. C. ‘E_Zfl‘:]. D. ‘Z.;=|Z|2-

CAu 5. Cho hai s6 phtrc > va z'. Trong cac ménh dé sai, ménh dé nao sai?

A.|z+z'|=|z|+|z'|. B. |Z.Z'|:|Z|.|Z'|. C.zz=zz. Dz+z=z+7".

Cau 6. Cho sb phitc z = a + bi (a,b € ]R) . Khang dinh nao sau day sai?

A. |z =Va* +b* . B.Z=a-bi. C. 2* 1as6 thyc. D. z.Z 1asb thyc.

Vén dé 2. Cac phép tosn sé phirc.

Cau 7. Xac dinh phan 4o ctia s6 phic z=18-12i .
A. —12. B. 18. C. 12. D. —12i.

Ciau 8. S6 phtic lién hop cta s6 phitc z=1-2i 1a
A 1+2i B.—1-2i C.2—i D.—-1+2i

Cau 9. Tinh médun cua sb phirc z =4 —3i .

A |4=7. B. |z|=+7. C.|4=5. D. |2|=25.
Cau 10. Cho sb phic z =1+i va z,=2-3i. Tim s6 phirc lién hop cia sb phitc W=2z +2,?

A w=3-2i. B.w=1-4i. C.ow=-1+4i. D. w=3+2i.

Cau 11. Cho s6 phiic iz = 5+4i . SO phuc lién hop cua - 1a
A Z=4+5] B.z7=4-5}. C.z=—-4+5i D. 7=4-5i

Cau 12. Cho hai s6 phttc z=1+2i va w=3+i. Modun cta sé phitc zw bing
A. 52 B. \/2_6 C. 26 D. 50.
Cau 13. Tinh modun cta s6 phirc z = (1-2i)[2+i+i(3-2i)].
A. |7 =410. B. |4=45. C. || =160. D. |z| = 2410.
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Cau 14. Biét

—a+bi, (a,beR).Tinh ab.

3+4i
12 B. -2 c. -1z . 2.
625 625 25 25
Cau 15. Cho s6 phiic z=1+i. Khi d6 ‘23‘ bing
A 2. B. 242. C. 4. D. 1.
Cau 16. Tinh modun cua sé phtc 1a nghich déo cua sé phtic z = (1-2i )2 .
1
A . B. 5. c. L. p. L.
J5 25 5
Cau 17. Cho s6 phiic z =—E+7i. Tim sé phitc w=1+z+2>.
. 1 3.

A 2—3i. B. 1. C.0. D. ——+—1i.

2 2
2022 2022
Cau 18. Tinh P=[1+3]  +[1-3i

A.P=2 B.p=2"" C.p=2""% D.p=2""
Cau 19. Tinh S =1+i+i* +...+ "+

A, S=-i. B. S=1+1i. C.S=1-1i. D. §=i.
Cau 20. Tinh $ =1012+i+2i* +3i° +...+2023i*.

A. S=2022-2023i. B. 2022 +2023i. C. —2023-1012i. D. 1012+1011..
Cau 21. Cho céc s phic Z;, Z,, Z; thoa man: |Zl|=4, Zz| =3, z3|:2 va |4zlzz+16zzz3+9zlz3 =438.
Gia tri ctia biéu thirc P=|z, +z, +z;| bang:

Al B. 8. C.2 D. 6

Cau 22. Cho céc sé phtc Z,, Z,, Z; thoa mén 2 diéu kién |Zl| =|22| =|Z3| =2023 va z,+z,+z, #0.

Tinh p = |zlz2 + 2,2y + 2,z, |

Zy + z, + Z3
A. P=2023. B. P=1008,5. C. P=2023"% D. P=6061.
Cau 23. Cho s phtic - thoa man |Z| =1. Tim gia tri 16n nhat cta biéu thirc 4= 1+2 .
z
A. 5. B. 4. C. 6. D. 8.

Céu 24. Cho s6 phiic - thoa man |Z| =1. Tim gia tri 16n nhat cta biéu thirc P = |1+z| +3|1—z|.
A. 315, B. 6/5. c. V2. D. 2J20.
Cau 25. Trong cac s6 phirc - thoa man |Z—i| = |E—2—3i|. Tim s6 phirc - ¢6 modun nhé nhat.
A z="4 g B.z=——-—"";. C.z=——+2j. D.z==2-—;.
5 5 5
Ciu 26. Cho s6 phitc - thoa man dong thoi hai diéu kién |z -3 44| =+/5 vabiduthic M =|z+2[ —|z—i
dat gia tri 1on nhit. Mddun cua sé phitc z—2 —i bang

A NS, B. 9. C. 25. D. 5.
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Cau 27.
Xét cac s6 phitc z,w théamén |z|=1 va |w|= 2. Khi | z+iw—6—8i| dat gia tri nhé nhat, Z—W bang

01 2
A.g. B. /5. C.3. D.Q.

Vin dé 3. Phuong trinh bac nhit - bic hai trong tip sé phirc

Cau 28. Trén tap so phirc, cho phuong trinh: az> + bz + ¢ = 0 (a, b, c ER) . Chon két luan sai.

A.Néu b =0 thi phuong trinh ¢ hai nghiém ma tong bang 0.

B.Néu A = b* —4ac < 0 thi phwong trinh c6 hai nghiém ma modun bang nhau.
C. Phuong trinh ludn c6 hai nghiém phtc la lién hop ctia nhau.

D. Phuong trinh luén c6 nghi¢m.

Cau 29. Cho s6 phirc - thoa man (2—i)z—2=2+3i. Mddun ciia - la:

=ﬂ. C. |Z|=ﬁ.
3 3

Cau 30. Tim mo dun cta s6 phirc -thoa 3iz + B-Da+i)=2.

22 32 3.3
. =2 C.|7=22
3 2 2

A. |Z|=— B. |Z|
Cu 31. Tinh m dun cta s6 phirc - biét (1+24)2° =3+4i.

A |z]=+5. B. |z|=45. C. |2|=25. D. |4=5.

A. |z|=5. B. |z|

Cau 32. Phuong trinh z? +3z+9 = 0 ¢6 hai nghiém phtic Z,, z,. Tinh S=2zz,+z +z,.
A. §S=-6. B. S=6. C.S=12. D. §=-12.

Céu 33.Goi Z; vi Z, 1 hai nghiém phitc ctia phuong trinh 4% — 4z + 3 = 0. Gié trj ctia biéu thitc || +|2,|

bang
A 33 B. 23. c.3. D. 3.
Cau 34.Goi Z; va Z, 1a hai nghiém phirc ctia phwong trinh 2> — 6z +11 = 0. Gié tri ctia biéu thirc |3Z1 | - |ZZ|
bang
A. 22, B. 11. C.2V11. D. Vi1.
Cau 35. Goi Z;, Z, 1a hai nghi¢ém phirc cua phuong trinh z> -2z+2=0.Tinh T = 212018| +|zz2°18|
A.T=0. B. T =2"". C.T=1. D. T =2"".
Céu 36.

Goi Z, la nghiém phtic ¢6 phan a0 dwong cta phuong trinh 2> + 6z +13 = 0. Trén mit phang toa do,
diém biéu dién s6 phirc 1—2z, 1a

A. N(-2;2) B. M(4;2) C. P(4-2) D. 0(2-2)
Cau 37. Cho M4 sb thuc, biét phuong trinh z> + mz +5=0 c6 hai nghiém phtc trong d6 ¢ mot nghiém
c¢6 phan a0 1a 1. Tinh tong mddun cia hai nghiém.

A.3 B. /5 c. 25 D. 4
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Cau 38. Tim tng cac gi4 tri cua tham s thuc a sao cho phuong trinh 22 +3z+4” —2a =0 c6 nghiém
phtc Z, thoa |ZO| =2,
A. 0. B. 2. C. 6. D. 4.

Vién dé 4. Piéu kién ciia bai toan c6 chira modul, s6 phirc lién hop

Cau 39. Néu 2 56 thuc X, y thoa: x(3+2i)+y(1-4i)=1+24i thi x+y bing

A. 4. B. 3. C.2. D. 3.
CAu 40. Tim s6 thuc 7 sao cho (m2 —1)+(m+1)i 1a b ao.

A. m=0. B. m=1. C. m=4=1. D. m=-1.
Ciu 41. C6 bao nhiéu sb phirc - thoa man (1+7)z+(2—i)z=13+2i?

A. 4. B. 3. C.2. D. 1.
Cau 42. C6 bao nhiéu s6 phirc - thoa man |Z| =|Z+Z| =1?

A. 0. B. . C. 4. D. 3.
Cau 43. Tim sb phtc - thoéa méin |Z—3| =|z—1| va (z+2)(2—i) 1a 56 thuc

A.z=2 B. z=-2+2i C.z=2-2i D. khong c6 -
Cau 44. Cho s6 phic z=a+bi(a,b€Z) thoa man |z+2+5]=5 va 2z =82. Tinh gia tri ctaP = a +b .

A. 10 B. -8 C. -35 D. -7

Cau 45. Cho s6 phic z=a+bi (a, beR) thoaman z+1+3i—|z|i=0. Tinh S=a+3b.

A.S:%. B.S=-5. C.S5=5. D.S:—%.

CAu 46. Cho sb phic z =a+bi (a,be]R) thoéa man z+2+i—|z|(1+i)=0 va |Z|>1. Tinh P=a+5b.
A. P=-1. B. P=-5. C. P=3. D. P=7.

Cau 47. Cho hai s6 phirc z,, 2z, thoa man |Zl| =1,

A. 0. B. 1. C. 2 D. 3.

Zz|=2 va |Z1 +zz| =3 . Gid trj cua |ZI—ZZ| la

Cau 48. Tim mbdun ciia 6 phc - biét z—4=(1+1)|z|—(4+3z)i.
A |z|= % B. |z|:2_ C. |Z|=4. D. |z|=1.

Cau 49. Tinh modun ciia s phirc - thoa mén: 3Z.E+2017(Z—E) =48-2016i.

A.|7=4. B. |2|=~/2016. C. |z|=+2017. D. |7=2.

Cau 50. Cho sb phuc - thoa mﬁnli 1a sb thuc va |Z—2| =m voi m € R . Goi M, 1a mot gia tri cua M dé
z

¢6 ding mot sb phirc thoa man bai toan. Khi do:

1 1 3 3
A. m, 6(0;5} B. m, e(z;lj_ C. m, e(gﬂ). D. m, E(I;E)'
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Vén dé 5. Diém biéu dién caa sé phic
Cau 51. Gia st 4, B theo thir tr 1a diém biéu dién cua sé phirc Z,, Z,. Khi d6 d¢ dai doan 4B bang

A. |Zz +Zl|' B. |Zz_21|- C. |Zl|+|22|' D. |Zl|_|zz|'

-2
Ciu 52. Trong miat phang phuc, goi M 1a diém biéu dién cho sd phuc (Z—Z) voi z=a+Dbi
(a, beR,b# O) . Chon két luan ding.

A. M thudc tia Ox . B. M thugc tia Oy .

C. M thudc tia dbi cua tia Ox . D. M thudc tia d6i cua tia O V.

Céu 53. Piém M (3;—1) 1a diém biéu dién cia s phirc nao sau day?

A. z=—1+3i B. z=1-3i C.z=3-§ D. z=-3+1

V,

S6 phirc z 1a
A 2-i. B.1+2i. C.1-2i. D. 2+i.

Céau 55. Diém nao trong hinh v& dudi day 14 diém biéu dién cta sd phic z = ( 1+ i)(2 —i ) ?

R
N M
b il
1 1
1 2 1
B I
1 1 I
I 1 I X
—|5 2 0 1 2 3
b - -
P
A P. B. M. C. N. D.o.

Céu 56. Cho s6 phitc - thoa man (2+i)z=10-5i. Héi diém biéu dién s6 phic - 1a diém nao trong cac

diém M, N, P, O trong hinh v€ sau ?

5
N 4 M
-3 (0] 3 B
P 4 a

A.Piém ¢ . B. Piém M. C.Diém P . D.Diém N .
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Cau 57. Cho s6 phtic z=2—i. Trén mit phang toa 46 Oxy, tim diém biéu dién s6 phicc w =iz .

A M(-1;2). B. M(2;-1). C. M(21). D. M (1;2).
Cau 58. Cho sb phirc - théa man iz+2—i=0. Khoang cach tir diém biéu dién cua - trén mit phang toa
do Oxy dén diém M(3;—4) la

A. 25, B. 13, c. 10, D. 27

Céu 59. Cho s phirc - thoa man diéu kién z—(2+3i)Z =1-9i . 86 phirc w = > c6 diém biéu dién la
1z

diém nao trong cac diém 4, B, C, D & hinh v& sau?

vA
C 1 D
1 >
2 o 2 -
B |2 4
A.Piém D. B. biém C . C.Dbiém B. D. Diém 4 .
Cau 60. SO phuc z dugc biéu dién boi mot diém trén mat phéng toa d0 Oxy nhu hinh vé:
y
y Y S
) %

. re 3A \ \ TR LT S ST S U , i
Trong cac hinh du¢i day, hinh nao co thé 1a diém biéu dién cta so phiic @ = = ?
z
y
i S — y
w
P N SO
) 1 x
1 X
(9]
A. B
y
y . .
0 "1 x 0 1 x
w
C D.
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Vin dé 6. Van dung cac tinh chit hinh hoc dé gidi toan vé sé phirc
Cau 61. Cho A, B, C tuong tng la cic diém trong mat phing Oxy biéu dién cac sbz, =1+2i,
z,==2+5i, z;=2+4i . S} phtic - biéu dién boi diém D sao cho tir gide 4BCD 1a hinh binh hanh 1a

A. —-1+7i. B. 5+i. C.1+5i. D. 3+5i.
Cau 62. Trong mit phang Oxy, g0i 4,B,C theo thir ty 1a diém biéu dién cia cac sd phic

Z, =341, Z, =-3+4i, Z;=1.Toa d0 trong tAm G culia tam gidc ABC 1a

A (0:2), B. (0;-2). c. ng D. (20).

ZI—ZZ|=5.G(_)i A, B lan luot 14 cac diém

22|:4,

CAau 63. Cho cac sb phtec Z,, Z, théa min |Zl| =3,

biéu dién sd phuc Z;, Z, trén mat phfmg toa do. Tinh dién tich S cua AOAB véi O la géc toa do.

A. 5 =547 B.S=6. C.S:22—5. D.S=12.

Ciu 64. Cho hai s6 phite Z;, Z, thoa man |z =|z,|=1. Khi do |z, + 2, +|z, —z,|" bing

A. 2. B. 4. C.1. D. 0.
Cau 65. Cho A, B 1a hai diém biéu dién hinh hoc sb phic theo thir tw Z,, Z, khac 0 va théa man dang
thic Zé +le =2,z,. Tam giac OAB la tam gi4c gi? Chon phuong 4n dtng nhat.

A. DPéu B. Can tai O C. Vuong tai O D. Vuong can tai O

Cau 66. Cho hai s6 phtic Z;,Z, thoa min |zl| =0, zz| =2.Goi M,N la cac diém biéu dién cho z, va z,.

Biét MON = 60°. Tinh T =z +923].

A.T=18. B. T=243. C.T=362. D. T=363.
Cau 67. Xét cic s6 phic - thoa man |z+2+i =[Z +i. Tap hop diém biéu din cac s6 phic - 1a duong
thang c6 phuong trinh

A x-y+1=0. B. x+y+1=0. C. x+1=0. D. 2x+2y+3=0.
Cau 68. Cho sb phiic z = x + yi (x,y € R) théa man z+2—i—|z|(1—i) =0. Trong mit phang toa o Oxy
diém M 1a diém biéu dién ctia s phtic -. Hoi M thudc duong thang c6 phuong trinh nao sau day?

A x—y+5=0. B.x-y+2=0. C.x+y-2=0. D. x+y+1=0.
Céu 59. Trén mit phang Oxy , tap hop diém biéu dién s6 phtrc - thoa méan |Z—i| = |l'Z| la

A. Pudng thing y = 2. B. Pudng thing = _%.
C. Puong thing y = % D. Pudng tron tam 1(0; 1).

Cau 70. Tap hop tit ca cac diém biéu dién cac sé phuc -théa mén: ‘;+ 2- i‘ = 4 la duong tron c6 tam [
va ban kinh R 1an luot 1a

A. I(-2-1);R=4.  B.I(-2-1);R=2.  C.1(2-1);R=4. D. I(2-1);R=2.
Cau 71. Cho s6 phic - thoa mén didu kién |Z -3+ 4i| <2. Trong mit phang Oxy tap hop diém biéu dién

s6 phttc w=2z+1—i 1a hinh tron c6 dién tich la
A. S=9r. B. S=12r. C.S=16rx. D. S=257.
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Cau 72. Trong mit phang Oxy , tip hop cac diém biéu dién s6 phirc - théa méan diéu kién 1‘ =3 1a
Z_
\ \ 2 2 9 9 p A 2 2 9 9
A. Puong tron x? + y —Zx—gzo. B. Duong tron x° + y —Zx+§:0.
o, 5.9 9 e AN
C. Pudng tron x2 + y +Zx+§:0. D. Pudng tron tam 1 0,§ va Rzg.

Cau 73. Cho céc s6 phirc - thoa min |Z—i| =5. Biét rang tap hop diém biéu dién s6 phitc w=iz+1-i la
dudng tron. Tinh ban kinh cta duong tron do.

A.r=9. B. r=22. C.r=4. D.r=5.
Ciu 74. Tim tap hop céc diém biéu didn cac sb phic - thoa man didu kién |z—2|+|z+2|=10.

2 2

A.Puong tron (x—-2) +(y+2)’ =100. B. Elip %er?:l.
. \ 2 2 Xy
C. Dudng tron (x—2)" +(y+2) =10. D. Elip ——+=—=1.
25 21
A . A e e o [liz—iwl=2
Cau 75. C6 bao nhiéu s phirc - thdéa man diu kién ?
|Z—l|=|z+2i|
A.2. B. 0. C. C6 v s6 s6. D. 1.
Céu 76. Cho s6 phirc - théa man |Z—1| =2.Goi M va m 1a gia tri 16n nhat, nho nhit cia |Z| Tinh M +m
A. 3. B. 2. C. 4. D. 5.
Cau 77. Cho s phtic - thoa man |Z—1+2i| =3. Tim modun nho nhit cta s6 phirc z —1+ 1.
A 4. B. 24/2. C. 2. D. V2.

Cau 78. Cho céc sd phuc - thoa man |Z| =2.bat w= (1+2i)z—1+2i. Tim gi4 tri nho nhét cia M
A2, B. 3V5. c. V5. D. V5.
Cau 79. Cho s6 phtic - thoa mén: |Z+2i —1| = |Z+i| . Trong mit phang Oxy, - dugc biéu dién boi diém
M. Tim - sao cho d6 dai doan MA ngan nhét véi A(1,3) )
A 3+i. B. 1+3i. C.2-3i. D. -2+3i.
Cau 80. Néu : 1a s6 phtic thoa ‘Z‘ = |z + 2i| thi gia tri nho nhit cta biéu thic |Z—i| +|Z—4| la
A 2. B. /3. C. 4. D. 5.
Cau 81. Cho s phtic - thoa man 5|Z—i| =|Z+1—3i|+3|z—1+i|. Tim gia tri 16n nhat M cta |Z—2+3i| ?

A.M:% B. M=1+J13 C. M=45 D.M=9

Cau 82. Cho s6 phirc Z,, 2, thoa man |z|=12 va |z, ~3—4i|=5. Gia tri nho nhét ciia |z, —z,| 1a
A. 0. B.2 C.7 D. 17

z+i

z

Cau 83. Goi M va m lan luot 1a gia tri 16n nhét va nho nhat cia P= ,v6i - lasd phuc khac 0 va

thoa man |Z| >2. Tinh ty s6 M
m

A.£:5 B
m

M M M
m m m

3 1
4 3
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PHAN II. HINH HQC
Vién dé 1. Hé truc toa d¢ trong khong gian.
Cau 1. Cho 407422;+4}—6/; va O73=9?+7;’+47c. Vecto 4B c6toado la

A. (7:3;10). B. (-7;-3;-10). C. (11;11;-2). D. (7;-3;10).
Cau 2. Cho doan thang AB c6 trung diém /. Biét A(2;1;-1), 1(1;2;0). Khi d6 diém B c6 toa d¢ la

A. (L-1-1). B. (3,0,-2). C. (0;3;1). D. (-L11).
Céu 3. Cho hinh binh hanh ABCD, biét A(L1;1), B(—2;2;3), C(—5—2;2). Toa do diém D la

A. (—2;—3;0). B. (2;3;4). C. (—2;3;0). D. (—8;—1;4).
Céu 4. Cho diém 4(3;-1;1). Hinh chiéu ctia diém A trén mt phang (Oyz) 14 diém

A. M(3;0;0). B. N(0;-11). C.P(0;-1;0). D. P(0;0;1).

Cau 5. Cho diém M (1;2;3) .Goi H 14 hinh chiéu vuéng goc cia M trén truc Oz. Diém ddi xtng véi M
qua H cotoa do:

A. (0;0;3). B. (1,2;-3). C. (-1-2;-3). D. (-1-2:3).
Cau 6. Cho hai diém B(0;3;1), C(—3;6;4). Goi M la diém nam trén doan BC sao cho MC =2MB.

Tinh toa d6 diém M .
A. M(—1;4;-2). B. M(—1;4;2). C. M(1;—4;-2). D. M(—1;—-4;2).

CAau 7. Cho ba diém A(Z;—l;l);B (3; —2;—1). Tim toa do giao diém cia duong thang AB va mit phang
(yOz)?
5 3
A | 537530 B. (0;-3;-1) C. (0;1;5) D. (0;-1-3)
Cau 8. Cho véc to a = (2;—2;—4),b=(1;—1;1). Ménh d& nao dudi day 1a ménh dé sai?
A.a+b=(3-3-3). B.a vab cingphuong. C.

B=+53. D.alb.
Céu 9. Cho sau diém 4(1;2;3),B(2;—1;1),C(3;3;—3),4',B',C’ théa man A’A+ B'B+C'C=0. Goi
G’(a;b;c) 1a trong tam tam gidc A'B’'C’. Gia tri 3(a +b +c) bang

A. 6. B. 1. C.11. D. -3.
Cau 10. Cho A(-1;-1,0), B(3;1;—1). Diém M thudc truc Oy va cach déu hai diém A, B c6 toa dd la:
A. M 0;—2;0 . B. M 0;2;0 . C. M O;—g;O . D. M 0;2;0 .
4 2 2 4

CAu 11. Cho ba diém A(L1;1), B(-1;1,0),C(3;1;,—1). Piém M (a;b;c) trén mat phing (Oxz)cach déu 3
diém 4,B,C . Gia tri 3(a+b+ c)bang

A. 6. B. 1. C. 3. D. —1.
8 48
Cau 12. Cho hai diém M (2;2;1), N [—5 3 5] Tim toa d6 tim dudng tron ndi tiép tam gisac OMN .
A. I(1;1;1). B. 1(0;1;1). C. I(0;—L;—1). D. I(1;0;1).

Céu 13. Cho tam giac ABC c¢6 A(1;2;—1), B(2;—1;3), C(—4;7;5). Goi D(a;b;c) 1a chan dudong phan

giac trong goc B cua tam giac ABC . Gia tri ctia a +b+2c bang
A.S. B. 4. C. 14. D. 15.
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Ciu 14. Cho hinh hop ABCD.A'B'C'D' c6 A(0;0,0), B(a;0;0); D(0;2a;0), A'(0;0;2a) véi a=0. Do
dai doan thang AC' la:
A.Jd. B. 2a|. C. 3ld]. D. 2d].
2

Cau 15. Goc giira hai vecto iviu= (—\/3; O;l) la

A. 120°. B. 30°. C. 60°. D. 150°.
CAau 16. Cho ba diém A(—l;—2;3);B(0; 3;1);C(4; 2; 2) . Césin cua goc BAC bang
= b O K2 b=
Céu 17. Cho A(1;2;0), B(2;-1L1). Tim C c¢6 hoanh d¢ duong trén Ox sao cho A ABC vuéng tai C.
A. C(3;0;0). B. C(2:0;0). C. C(1;0,0). D. C(5;0;0).
Ciu 18. Cho ba diém khong thang hang 4(-1;2;4), B(-1;1;4), C(0;0;4). Tam gidc ABC 1a
A. Tam giac tu. B. Tam giac vuong. C. Tam giac déu. D. Tam giac nhon.
Ciu 19. Cho ba diém M (2;3;-1), N(-LL1), P(;m—1;3). Tim m thi tam gis&c MNP vuong tai N
A. m=3. B. m=1. C.m=2. D. m=0.

Cau 20. Cho hai vecto ZZ,B khac 0. Két ludn nao sau day sai?
Afa3]=3[a 5] B. [20,5]=2[a5]
C. [3a.35 =3[ a.b]. D. [[a.b] =|al[o.sin(a.5).

(~Lsm;m—2). Khi 06 [a,v] =14 thi

Cau 21. Cho u = (1;1;2), v

A.mzl,m:—%. B.m:—l,m:—%. C.m=1m=-3. D. m=—1.

Cau 22. Cho A(1;-2;0), B(1;0;-1), C(0;-1;2), D(=2;m;n). Trong cac h¢ thuc lién hé gitta m,n dudi day,
hé thirc nao dé bén diém 4, B, C, D déng phéng?

A. 2m+n=13. B. 2m—-n=13. C. m+2n=13. D. 2m—-3n=10.
Céu 23. Trong khong gian Oxyz cho tir dién ABCD ¢ A(0;1;1), B(—1;0;2), C(—L1;0) va D(2;1;—2)
Tinh thé tich khéi ta dién ABCD.

A B. 5. c.’. D.2.

6 2 3

Céu 24. Cho tir dign ABCD c6 A(0;1;-1); B(1;1;2);C(1,-1;0); D(0;0;1) . Tinh d6 dai dudng cao AH clia
hinh chép A.BCD .

A32. B.2V2. C.Q. D.ﬁ.

2 2
Cau 25. Cho tit dién 4ABCD c¢6 A(Z;—l;l), B(3; 0;—1) , C(Z;—l;3), DeOy vacod thé tich bﬁng 5. Tinh

tong tung do cia cac diém D .
A. —6. B. 2. C.7. D. —4.

Céu 26. Cho hai diém A(9;-3;4),B(a;b;c). Goi M, N, P lan lugt 14 giao diém clia dudng thang 4B véi
cic mit phing (Oxy),(0xz),(Oyz)- Biét cac diém M,N,P déu nim trén doan AB sao cho
AM = MN = NP = PB . Gia tri ctia ab+bc+ca bang
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A. —17. B.17. C. 9. D. 12.
Cau 27. (Dé thi TNTHPT nim 2022)Trong khong gian Oxy:z , cho diém 4(1;2;2) . Goi (P) 1a mit phang
chira Ox sao cho khoang cach tir A dén mit phiang (p) 16n nhat. Phuong trinh mat phang (p) la:

A 2y-z=0. B.2y-z=0. C.y-z=0. D. y+z=0.
Cau 28. Cho A(l;—2;3);B (2; 2;4);C (3; -3; 2). Tim toa d6 diém M trén mat phang (Oxy) sao cho:
‘M—A + MB + M—d ngin nhat?

A. M(2;1;0) B. M(2;-1;0) C. M(0,-1;3) D. M(2,0;3)

CAu 29. Cho ba diém A(—l; 2;2), B(3;—1;—2), C(—4; 0;3). Toa d6 diém / trén mat phang (Oxz) sao cho
bidu thire \ﬁ —21B + 3%\ dat gi tri nho nhét Ia

A1 —Q;O;l—5 : B. / —B;O;—l—5 : C. I Q;O;l—s : D. [ g;O;—l—S .
22 2 2 22 2 2

Cau 30. Cho A(O;O;—l), B(—l;l;O), C(l;O;l). Tim diém M sao cho 3MA4> +2MB> - MC? dat gia tri

nhé nhit.
A. M é;l;—l ) B. M —E;E;—l ) C.M —3;1;—1 ) D. M —3;1;2 )
4°2 4°2 4°2 4°2

Cau 31. Cho cac diém A(-1;2;3), B(6;-5;8) va OM = ai + bk Vv6i G, b 1a cac s6 thuc luén thay déi.
Néu \m - 2%\ dat gi4 tri nho nhét thi gia tri cia a — b bang
A. -25. B. -13. C. 0. D. 26.

Vin dé 2. Phwong trinh mit phing

Cau 32. Cho mit phang (P) :x—2z+1=0. Chon cau ding nhét trong cac nhan xét sau:

A. (P) di qua gbc toa do O . B. (P) song song v&i (Oxy)

C. (P) vuong goc vai truc Or. D. (P) song song véitruc Oy .
Cau 33. Ba mit phing X+2y-z-6=0,2x-y+3z+13=0, 3x—2y+3z+16:005tnhautai diém M.
Toa d6 cua M la:

A.M(-1;2;-3). B.M(1;,-2;3). C.M(-1;-2;3). D.M(1;2;3).
Cau 34. Goi m,n 14 hai gia tri thuc thoa min: giao tuyén cta hai mat phang (Rn) imx+2y+nz+1=0 va
(0,): x—my+nz+2=0 vuéng géc véi mat phang (&):4x—y—6z+3=0.

A m+n=0. B.m+n=2. C. m+n=1. D.m+n=3.
Cau 35. Cho diém H(Z;I;Z), H 1 hinh chiéu vudng géc cua goc toa dd O 1én mit phang (P) , 50 do
goc clia mit phang (P) va mit phang (Q) x+y—-11=0.

A. 60°. B.30°. C. 45°. D. 90°
Cau 36. Cho céc diém 4(2;0;0), B(0;3;0), C(0;0;6), D(1;1;1). C6 bao nhiéu mat phing phan biét di
qua 3 trong 5diém O, A, B, C, D?

A. 10. B. 5. C. 7. D. 6.
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Cau 37. Mit phing (@Cy) c6 phuong trinh 1a
A.z=0. B. x=0. C.y=0. D. x+y=0.
Cau 38. Mit phang song song v6i mit phang (@Cz) va di qua diém 4(1;1;1) c6 phuong trinh la
A, y-1=0. B. x+y+z-1=0. C. x-1=0. D. z-1=0.

Céau 39. Cho A(l;—l;S), B(O;O;l). Mp (P) chira 4, B va song song vdi truc 0y ¢6 phuong trinh la
A. 4x—z+1=0. B. 4x+y-z+1=0. C. 2x+z-5=0. D. x+4z-1=0.
Cau 40. Cho hai diém A(l; 3;—4) , B(—l; 2; 2) . Phuong trinh mit phang trung truc ciia doan thang AB 1a

A. 4x+2y-122z-17=0. B. 4x+2y+12z-17=0.
C.4x-2y-12z-17=0. D. 4x-2y+12z+17=0.

Cau 41. Trong khong gian Oxyz, cho ba diém A(3; 0;0), B(O;I;O) va C(O;O;—Z). Mit phang (ABC) co

phuong trinh 1a
A X 2o B.2+2 2 . c.2+24 2o, D. X Y 2o
3 -1 2 31 =2 31 2 -3 1 2

CAu 42. Cho diém A(2; 4;1);B(—1; 1;3) va mit phang (P) :x=3y+2z-5=0. Mot mit phang (Q) di qua

hai diém 4, B va vuéng goc voi mit phang (P) c6 dang ax + by +cz —11 =0 . Khang dinh ndo sau la diing?
A. a+b+c=5. B. a+b+c=15. C.a+b+c=-5. D.a+b+c=-15.

CAu 43. Cho diém A(—Z; 0;—2) , B(O; 3;—3). Goi (P) 1a mat phang di qua 4 sao cho khoang céach tir

B dén mat phang (P) 1a 16n nhat. Khoang cach tir gbc toa do dén mit phing (P) bang

1 4 2 3
A, ——. B. —. C. —=. D. ——.
Tia Jia Jia Jia

Cau 44. Mt phing () di qua goc toa do O va vuéng goc voi 2 mat phang (P):x—y+z-7=0,
(Q):3x+2y—12z+5=0 c6 phuong trinh la

A. (@):2x=3y—z=0. B. (@):10x—15y+5z+2=0.

C. (a):10x+15y+52—2=0. D. (a):2x+3y+z=0.
Ciu 45. Cho 2 mit phang (a):x+ y+z-3=0;(8):2x—y+z+1=0. Viét phuong trinh mit phang (P)
vudng goéc voi (a)va () va khoang cach tr m (2;—3;1)dén mit phing (P) bang 4. C6 hai mit phing
théa man la:

A. (B)x+2y-3z+16=0va(B)x+2y-3z-12=0

B. (B)2x+y—3z-16=0va(B)2x+y-3z+12=0

C. (R)2x+y-3z+16=0va(R)2x+y—3z-12=0

D. (B)x+2y—-3z-16=0 va (B)2x+y-3z+12=0
Cau 46. Cho mit phang (P): x + 2y + 2z — 10 = 0 . Phuong trinh mit phang (Q) v&i (Q) song song véi (P) va
khoéang cach giira hai mat phang (P) va (Q) bang % la

A x+2y+2z-3=0;x+2y+2z-17=0. B. x+2y+2z+3=0;x+2y+2z+17=0.

Cox+2y+2z+43=0;x+2y+22z-17=0. D. x+2y+22-3=0;x+2y+22z+17=0.
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Ciu 47. Phuong trinh ciia mp di qua ba diém 4(1;0;0), B(0;-1;0), CLO;O;EJ la
A x-y+2z-1=0. B. x-y+2z=0. C.x-y+2z+1=0. D-x—y+§—1:0.

Cau 48. Viét phuong trinh mit phang (P) di qua diém G(1;2;3) va cét ba truc Ox,0y,0z lan luot tai
A, B,C sao cho G la trong tdm tam giac ABC .

A. x+2y+3z-14=0. B.§+Z+£:1 C.%+%+§:1.D.f+l+£:1

Céu 49. Cho diém M(1;2;5). Mit phing (P) di qua diém M cit truc toa do Ox,0y,0z tai A, B,C sao

cho M 1a tryc tAm tam giac 4ABC . Phuong trinh mit phang (P) la

A x+y+z-8=0. B.x+2y+52-30=0. C.2+2;%_9. ) SR AL
5 2 1 5021

Cau 50. Cho diém A(1; 2; 3). Goi 4, 4, A4, 1an lugt 13 hinh chiéu vuong goc cia 4 1én cac mit phang
(Oyz), (Ozx), (O xy) . Phuong trinh ctia mt phang (44,4) l1a:

A2 Y 2. B. X 2 2. c. Xy 2 24, D. 2 2 2 .
3 6 9 2 4 6 1 2 3 1 2 3

Cau 51. Cho diém M'(4,-7;-5), N(3;-9;-10) va cac duong thing d;, d,, d; cing di qua diém N va
lan lugt song song véi Ox,0y,0z . Mit phang (P') diqua M'cit d, d,, d; lan luot tai 4", B', C' sao0

cho M ' latryc tim AA'B'C'. Phuong trinh mit phang (P') la

A. x+2y+52-35=0. B.x+2y+5z435=0. C.24+2 % 9. D. X Y2
4 -7 -5 4 -7 -5
Cau 52. Cho diiém 4(3; -1;1) . Tinh khoang cach tir 4 dén mat phang Oxy.
A. 1. B. 3. C. 0. D. 2.

Cau 53. Cho mat phéng (P):16x—12y—152—4:O va diém A(2;—1;—1). Goi H 1a hinh chiéu cua
diém A 1én miat phang (P) . Tinh d6 dai doan thang AH .

A.S. B. 1 c. p.22
5 25 5
Cau 54. Cho diém M (1;2;3) goi 4,B,C lan luot 1a hinh chiéu vuéng goc ciia diém M 1én céc truc
Ox,0y,0z . Khi d6 khoang cach tir diém 0(0; 0;0) dén mat phang (ABC) c6 gia tri bang
1 6 1
AL B. V6. c.t D. ——.
2 7 J14
Cau 55. Cho tir dién ABCD véi A(1;2;3),B(-3;0,0),C(0;—3;0),D(0;0;6). Tinh d¢ dai duong cao ha
tir dinh A cia tir dién ABCD.
A. 9. B. 1. C.6 D. 3.

Cau 56. Cho hai mit phing (P):5x+5y—52—1:0vé Q):x+y—z+1:0. Khoang céch giira hai mat
phing (P) va (Q) bing

23
A.i. B. 2. c. %
15 5

2
D.g.
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Cau 57. Cho A(I;O;O), B(O;b;O), C(O;O;C), (b>0,c>0) va mit phing (P):y—z+1=0. Tinh

S =b+c biét (ABC) vudng goc véi (P) va khoang cach tir O dén (ABC) bang

s=2.
2

Cau 58. Trong khong gian Oxyz , cho diém A(l;2;—2). Goi (P) 1a mat phang chira truc Ox sao cho

1
3
A S=1. B.s=2. C.S=0. D.

khoang cach tir 4 dén (P) 16n nhat. Phuong trinh cta (P) la:
A2y+z=0. B.2y-z=0. C.y+z=0. D.y-z=0.

Cau 59. Trong khong gian Oxyz, cho diém A(—3;2;5) va mit phang (P) :2x+3y—-52-13=0. Tim toa
do diém A’ dbi xtmg v6i diém A qua mait phang (P).

A. A'(1;8,-5) B. A'(2-4;3) C. 4'(7,6;—4) D. 4'(0;1;-3)
Cau 60. Trong khong gian vdi hé truc toa do Oxyz, cho mat phéng (P):2x— y=2z+1=0 va diém
A(3; 0;—1) . Goi H hinh chiéu vuong goc cua diém A4 1én mit phiang (P) Toadd cua H la

A. H(;130). B. H(;-1;1). C. H(-1;-1;-1). D. H(-1;-1;1).
Cau 61. Cho A(O;I;Z), B(O;I;O), C(3;1;1) va mit phang (Q) X+y+z-5=0. X¢ét diém M thay doi
thudc (Q) . Gia tri nho nhat ctia biéu thitc M4 + MB® + MC? bang

A2, B.O0. C.8. D.10.
Cau 62. Cho mit phing (a):x+y+z—4=0 va ba diém A(1;2;l), B(O;1;2) va C(O;0;3). biém
M(x;y;z) thudc (a) sao cho ‘m +3MB + 4%‘ dat gia tri nho nhét. Tinh gid tri biéu thirc P = x + y+z

A. 3. B._L. c. 2. D. 4.

3 3

Cau 63. Cho hai diém A(2;—2;4),B(-3;3;—1) va mat phang (P):2x—y+2z—-8=0. Xét M 1a diém
thay doi thude (P) , gi4 tri nho nhat ciia 2M 42 + 3MB? bang:

A. 135. B. 105. C. 108. D. 145.
Cau 64. Trong khong gian véi hé toa d6 Oxyz, cho mat phang (P) :X+y—z+2=0 va hai diém
A(3; 4;1) ;B(7; —4; —3) . biém M(a; b;c)(a > 2) thudc (P) sao cho tam giac ABM vudng tai M va c6 dién
tich nho nhat. Khi d6 gia tri biéu thitc T = a + b+ ¢ bang

A.T=6. B.T =8. C.T=4. D.T=0.
Cau 65. Trong khong gian voi hé toa dd Oxyz, cho ba diém A(1;0;0), B(0;m;0),C(0;0:1) véi m,n 1 cac sb
thye dwong thoa mén 3mn =4+m’ +n’ . Mit phing qua A vudéng goc voi OA cit duong thing qua O vudng
goc v6i mit phang (4BC) tai diém H. Tinh OH ?

A2 B. 4 c. 3 p. 2
4 5 4 3

Vin dé 3. Phwong trinh mit ciu
Cau 66. Cho tam giac ABC. Tap hop cac diém M trong khong gian théa man hé thirc
m+m+m‘=a(a >0) la

|

A.Mit cau ban kinh R = % B. Puong tron ban kinh R =

a.

g W

C. Mit cau ban kinh R=a. D. DBoan théng c6 do dai ban
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CAu 67. Cho hai diém A(—2; 1;0) , B (2;—1;2) . Phuong trinh ctia mat cAu o duong kinh AB 1a

A P +y 4 (z-1) =24, B. x*+y* +(z-1) =+6.

C. X +y +(z-1) =24. D. X+ )" +(z-1)" =6.
Cau 68. Phuong trinh mat ciu tam /(—1;2;0) va di qua diém A(2;—2;0) Ia

A. (x+1) +(y=2)" +2* =100. B. (x+1) +(y-2) +2* =5.
C. (x+1) +(y-2)" +2* =10. D. (x+1) +(y-2) +z*=25.
Cau 69. Goi (S)1a mdt cu di qua 4 diém 4(2;0;0), B(1;3,0), C(~1;0;3), D(1;2;3). Tinh ban kinh R
cua (S)

A R=22. B. R=3. C. R=6. D. R=16.
Cau 70. Cho mat cau (S):x*+)* +2° —2x—4y—62z=0 cit cac truc Ox,0y,0z lan luot tai cac diém
4,B,C (khac 0 ) . Phuong trinh mat phing (A4BC) la

AV _Z B. X4 Y 2. c. X Y.z D

X
"2 4 06 2 4 6 2 4 6 2
Céu 71. Trong khong gian Oxyz, cho mit cau (S):x’ +(y—2)2 +(z+1)2 = 6. Dudng kinh cta (S) bang

A. 6. B. 12. c. 24/6. D. 3.
CAu 72. Cho mit cau (S): (x+3)" +y* +(z-2)" =m? +4. Tap cac gia tri clia M d& mat cau (S) tiép
xlic v6i mat phang (Oyz) la:

A. {ﬁ} B. {iﬁ}. C. {0}. D. &.

Cau 73. Trong khong gian Oxyz cho diém A(l ; 2;3) . Phuong trinh ciia mit cau tim 4 va tiép xuc voi mat
phing x -2y +2z+3=0 1a
A. (x+1)2 +(y+2)2 +(z+3)2 =2.

B. (x-1) +(y-2) +(z-3)" =2.
C.(x+1) +(y+2) +(z+3)" =4. D. (x—1)" +(y-2) +(z-3)" = 4.
CAu 74. Cho mit chu (S)tam I(L;2;3)ban kinh R=3 va hai diém M(20,0), N(0;1;0).
(X ) :x+by+cz+d =0 1a mit phang qua MN va cit (S ) theo giao tuyén 1a duong tron ¢ ban kinh r 16n

nhit. Tinh T=b+c+d .
A. —1. B. 4. C. 2. D. 3.

Céu 75. Cho mit cau (S):x* +y° +(z—2)2 =1 va mit phing (@):3x+4z+12=0. Khing dinh nao sau
dang?

A. Mit phang (@) di qua tim mat cau ().
(
(
(

D. Mit phang (o

B. Mit phang

C. Mit phang

)

a) tiép xtic mit cau (S)

a) cat mit cau ( ) theo mot duong tron.
)

khong cat mat cau (S)
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Cau 76. Tim tat ca cac gia tri cia m dé phuong trinh X 4y +2 = 2mx+4y+2z+6m=0 1a phuong trinh
cua mt mat cau trong khong gian voi hé toa d§ Oxzy.
A. me(l;S) B. me(—oo;l)u(5;+oo)
C. me(-5-1) D. me(—o0;—5)U(—1;+0)
CAu 77. Cho mat ciu (S): (x—l)2 +(y—2)2 +(z—3>)2 =25. Mit phéng (Oxy) cit mat cau (S) theo mot
thiét dién la dudng tron (C). Dién tich clia duong tron (C) 1a
A. 87 B. 12~ C. 16z D. 4r
Céu 78. Cho 1(1;1;1) va mit phang (P) :2x+y+2z+4=0. Mit cau (S) tam [ cat (P) theo mot duong
tron ban kinh 7 =4 . Phuong trinh cta (S ) la
A, (x=1) +(y-1)" +(z-1)" =16. B. (x—1)"+(y=1)" +(z-1)°
C. (x=1)" +(y=1)" +(z-1)" =9. D. (x-1)" +(y-1) +(z-1)°

5.

25.

2

Cau 79. Cho mit phing (Q):x—2y+z-5=0 vamatcau (8):(x—1)" + > +(z+2)

15. (P) song song
véi (Q) va cat mit cau (S ) theo giao tuyén 1 dudng tron c6 chu vi 67 di qua diém nao sau day?

A. A(0; -1, -5) B. B(1;-2;0) C. C(2-21) D. D(-22 1)
Cau 80. Cho mit cau (S) :x° 4y’ +2° —6x+4y—2z+5=0. Phuong trinh mit phing (Q) chtra truyc Ox
va cit (S ) theo giao tuyén 1a mot duong tron ban kinh bang 2 1a

A. (Q):2y-z=0. B. (Q):2x—z=0. C.(0):y-2z=0. D. (Q):2y+z=0.
Cau 81. Cho hai mat phang song song (0{1) 2x—y+2z-1=0, (az) :2x—y+2z+5=0 va mot diém
A(—l;l;l) nam trong khoang giita ctia hai mit phang dé. Goi (S ) 1a mit cau di qua A va tiép xuc voi
(al),(az) . Biét rang khi ( S ) thay d6i thi tAm / cia n6 nam trén mot dudng tron ¢ dinh (a)) Tinh di¢n
tich hinh tron gidi han boi (a)) .

A2, B. 2. c. b, p. 1o,
3 9 9 9

Cau 82. Cho A(Z; 0; 0),B(O; 2; 0) ,C(O; 0;2). C6 tat ca bao nhiéu diém M trong khong gian thoa man M
khong trung véi cac diém 4, B,C va AMB = BMC = CMA =90°?

A. 0. B. 1. C. 2. D. 3.
Cau 83. Cho hinh chép S.4BCD véi S(1;-1;6), A(1;2;3), B(3:1;2), C(4;2;3), D(2;3;4). Goi [ l1a
tAm mit cau (S ) ngoai tiép hinh chop. Tinh khoang cach d tir I dén mat phang (SAD).

N G i E

B.d=—. C.d=—. D.d=—.
2 2 2 2
Cau 84. Cho mit ciu (S) X+ +z2° —2x-2y—2z=0 vadiém A(2;2;O) . Viét phuong trinh mit phang

A.

(OAB), biét rang diém B thudc mit cau (S ), ¢6 hoanh do duong va tam giac O4B déu.
A x-y-z=0. B.x-y+z=0. C.x-y-2z=0. D. x-y+2z=0.
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Cu 85. Cho hai diém 4(3;1;-3), B(0;-2;3) va mat cdu (§):(x+1)" +y* +(z-3)" =1. Xét diém M
thay doi thudc mat cau (S ) , gi tri 16n nhét ciia MA® + 2MB* bang
A.102. B. 78. C. &4. D. 52.

Céu 86. Cho mit phing (P):x—2y+22—3 =0 va mait cau (S) tam 1(5;—3;5), ban kinh R:2\/§. Tu

mot diém A thudce (P) ké mot duong thing tiép xtc vi mit cau (S ) tai B.Tinh OA biét AB=4.
A.o4=+1. B. 0O4=5. C. 04=3. D. OAZ\/E.

Cau 87. Cho mit phing (P) c6 phuong trinh x+y+z=2 va mit ciu (S ) cd phuong trinh

X+ y2 +z5 =2, Goi diém M (a; b;c) thudc giao tuyén gitra (P) va (S ) . Khing dinh nao sau day 1a khang
dinh dung?
A. mince(-11). B. min b €[1;2]. C. max a = minb. D. maxc e[ 2;2].

Chu 88. Cho mit ciu (S,) c6 tim /,(3;2;2) ban kinh R, =2, mit cdu (S,) c6 tam 7, (1;0;1) ban kinh
R, =1. Phuong trinh mit phing (P) dong thoi tiép xtc véi (S,) va (S,) va cét doan 7,7, c6 dang
2x+by+cz+d=0.Tinh T=b+c+d.

A. 5. B. 1. C. 3. D. 2.

Vin dé 4. Phuwong trinh dwong thing

x-3 y-4 z+

S ! . Vecto nao sau day la mét vecto

Cau 89. Trong khong gian Oxyz, cho dudng thing 4 :

chi phuong cta d ?
A u, =(3;4;,-1) B. u, =(2;-5;3) C. u, =(253) D. u, =(3;41)

Cau 90. Trong khong gian voi hé truc Oxyz, cho hai diém A4 (7; 2;1) va B(—S; —4;—3) ,

Chon khang dinh SAI?
A. AB khéng di qua diém (1,—1,-1)
B. AB vuédng goc v6i mit phang: 6x + 3y-2z+10=0

x=1-12¢
C. AB song song v6i dthang | y=—1—6¢

z=—1-4¢

x=5

D. AB vuédng goc véi dudng thiang § y=—1-2¢

z=3t
A A . \ 2 x-2 y-1 z+1 .2 \ A A
Cau 91. Trong khong gian Oxyz , cho dudng thang d : T biém nao sau day thuéc d ?

A. O(21L1). B. M(1;2;3). C. P(21-1). D. N(;-2:3).
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x=1+2t
CAu 92. Pudng thing d :{y=2-3t, € R khong di qua diém nao dudi day?
z=3—t
A. 0(1;2;3). B. M(3;-1;2). C. P(2;-2;3). D. N(-1;5;4).

3 y+1 z-4

1 . Ménh d nao ding?

Cau 93. Cho mit phéng (a):x+2y—z+3 =0va dudng thang 4 : x;

A. d song song véi (a). B. d vuong goc voi (a).

C. d nam trén (a). D. d cit (a)

A A . <1y 2 x-1 y z+1, x+1 y-2 z=-7 ., . .,
Cau 94. Trong khong gian, hai duong thang 4, : =3 d,: Ty T3 cd vi tri tuong
doi la:

A. song song B. trung nhau C. cit nhau D. chéo nhau
CAu 95. Cho ba diém A(3;—l;2), B(4;—1;—1), C(Z;O;Z) va dudng thing (d):%zyTJr2 = 2_13 .Goi M

14 giao diém ciia (d) vamp (ABC). D¢ dai doan OM bang
A 22 B.3 C. V6 D. 3

CAau 96. Cho ba diém A(—l; 2; l) , B(Z;—l;4) va C(l;l;4). Puong thang vudng goc vai (ABC) c6 phuong
trinh 1a

A XY 2, B.

y_z c.rX_Y_
-1 1 2 1 1 1 1

: DAY
2 2 1

| =

Cau 97. Viét phuong trinh tham s6 cta duong thang di qua hai diém A(l; 2;—3),B (2;—3;1).

x=1+¢ x=2+t x=3—¢ x=1+¢
A.yy=2-5t . B. sy=-3+5¢. C.y=-8+5t. D.{y=2-5t.
z=-3-2t z=1+4¢ z=5-4¢ z=3+4t

Cau 98. Viét phuong trinh tham s cia duong thang (D) qua / (—1;5;2) va song song vai truc Ox.

x=t-1 xX=-m x==2t
A {y=5 ;teR B.{y=5Sm;meR C.{y=10¢;teR D. A va C déu dung
Z:2 Z:2m Z:4t

Céu 99. Trong khong gian Oxyz, cho ba diém A(l; 0;1),3(1; 1;0) va C(3; 4;—1). Puong théng di qua A
va song song vdi BC ¢6 phuong trinh 1a

Ax—lzl_z—l Bx_—l—lzl_z+1 Cx_—lzlzz—l DX_H:X:Z'H
2 3 -1 4 5 -1

4 5 -1 2 3 -1

Cau 100. Phuong trinh chinh tac ctia dwong thang d di qua diém M (1;-2;5) va vudng goc véi mit phang
(a): 4x-3y+2z+5=01a

A x-1_ y+2 z-5 B x-1_ y+2 z-5
4 3 2 T4 3 2
C x-=1_ y+2 z-5 D x-1 y+2 z-5
-4 -3 -2 -4 =3 2

49



Céu 101. Cho duong thang 4 : x;rl = yl_l = Z;2 va mat phang P: x — y — z — 1 = 0 . Viét phuong trinh

duong thang A di qua 4(1;1; -2), song song voi mat phing (P) vavuodng goc voi duong thang d .

A.A;x+1:y+l:2_2 B.A:x—l:y—1:Z+2
2 5 -3 2 5 -3

C A'x+1_y+1_z—2 D A'x—l_y—l_z+2
2 =5 3 2 -5 3

Cau 102. Goi d 1a giao tuyén cua hai mit phang (a):Zx—y+3Z—7=0 va (ﬂ):x—2y+z—2=0.

Puong thang d di qua diém nao dudi day?

A. 0(2;-1:3). B. M (1;0;-3). C. P(-1;0;3). D. N(1;-2;1).
Cau 103. Trong khoéng gian Oxyz, cho diém M(Z;—2;3) va duong thang d;x;I = y42-2 - 2_13,
Mit phang di qua M va vudng goc voi d c6 phuong trinh 13

A.3x+2y—z+1=0 B. 2x-2y+3z-17=0

C.3x+2y-z-1=0 D.2x-2y+3z+17=0
Cau 104. Trong khong gian voi hé toa d6 Oxyz, cho dudng thing 4 : sz =Y _11 = 22_1 va diém

A(—2;1;0). Viét phuong trinh mét phang (P) di qua A va chira d?
A x-7y—4z+9=0 B. x-7y-4z+8=0 C.x-6y-4z+9=0 D.x-y-4z+3=0

-1 y+2 z-3

Cau 105. Trong khong gian Oxyz, cho diém A(—3; 2 —3) va hai duong thang d, : xl | 1 va

x-3 y-1 =z
1 2
A . 5x+4y+z-16=0 B.5x-4y+z-16=0 C.5x—4y-z-16=0 D.5x—4y+z+16=0

d,:

;5 . Phuong trinh mit phang chta d; va dz c6 dang:

Cau 106. Trong khong gian, Oxyz cho diém M (2;-2;1) va mdt phing (P):2x-3y—z+1=0. Duong

thang di qua M va vudng goéc v6i mit phang (P) co phuong trinh 1a

x=24+2t x=24+2t x=2+2t x=2+2t
A.qy=2-3¢. B.y=-2-3t. C.iy=-2+3t. D.yy=-3-2t
z=1-t z=1-t z=1+t z=—1+t¢
x=3-2t x=m-3
Cau 107. Cho hai duong thang (dl): y=1+t ;(dz): y =2+2m . Phuong trinh tong quat ciia mit phang
z=-2-t z=1-4m
(P) chra d, va song song véi d, la:
A x+7y+5z-20=0 B. 2x+9y+5z-5=0 C.x-7y-5z=0 D. x-7y+5z+20=0

Cau 108. Cho dudng thang A c6 phuong trinh xT_I:%: Z+11
Phuong trinh mét phang (Q) chtra A va tao voi (P) mot goc nho nhat la:

A 2x—y+2z-1=0 B.10x-7y+13z+3=0 C. 2x+y-2z=0 D. —x+6y+4z+5=0

va miat phang (P): 2x—y+2z-1=0.
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xX=2+t
CAu 109. Cho duong thang d :{ y =-3+2t (t€R). Goi d' 1a hinh chiéu vudng goc clia d trén mit phang
z=1+3t

!

toa do (OXZ) . Viét phuong trinh dudng thing

x=2+t x=2+t x=0 x=2+t
A.1y=0 (te]R). B. y=3—2t(teR). C. y=—3+2t(te]R). D. y=—3+21(teR)
z=1+3¢ z=1+3¢ z=1+3¢ z=0

I y+5 z-
-1
vudng goc clia d 1én mit phang (P):x—5=0.

3 . Phuong trinh nao du6i day 1a phuong trinh hinh chiéu

Cau 110. Cho dudng thing d : xz_

A jy==T+t. B.{y=-7-t. C.iy=-5+2t. D.<y=-5-¢.
z=11+4¢ z=11+4¢ z=3—t¢ z=3+4¢

Cau 111. Phuong trinh duong thang d' 1a hinh chiéu vudng goéc ciia d trén mat phang (P) , biét
x=12+4¢
d:{y=9+3t va (P) :3x+5y—2z—2=0. Puodng thang d’ 1a giao tuyén ctia hai mit phang nao?

z=1+t¢
A.3x+5y-z-2=0Vvag8x-7y-11z-22=0. B.3x+5y-2z-2=0va4x-7y-z-22=0.
C.3x+5y—z-2=0vax—y—-11z-22=0. D.3x+5y-z-2=0vag8x-3y—-z-2=0.

Cau 112. Trong khong gian véi hé toa do Oxyz, cho diém A(l; 2; —3) va mit phéng
(P): 2x+2y—-z+9=0. Dudng thing d di qua A4 va co vecto chi phuong u =(3; 4; —4) cat (P) tai
diém B.Diém M thay déi trong (P) sao cho M luén nhin doan 4B dudi goc 90°. Khi do dai MB 16n
nhét, duong thang MB di qua diém nao trong cac diém sau ?

A. (-2-19;3). B. (3;0;15). C. (18;,-2;41). D. (-3;20,7).

Cau 113. Trong khong gian v6i hé toa do Oxyz , viét phuong trinh dudng thing di qua A(l;—l;l), vuong

’ : -4 -2 z+
goc va cat duong thang d : x4 _y-2_zt3 .

-1 1 1
A x—l:y+1:z—l‘ B. x—l:y+1:z—l.c. x—l:y+1:z—l. D. x—1:y+l:2—1‘
5 1 -8 1 5 —4 5 5 —4 5 -1 8
A < 2 NP 2 x+l y z+2 ., .
Cau 114. Cho mat phang (P):x+2y+z—4=0 va duong thang d : I Viet phuong trinh

duong thang A ndm trong mit phang (P ) dong thoi cat va vuéng goc voi duong thang d.

x—lzy—lzz—l B x—l:y—1:2—1 C x—l:y—1:2—1 D x—lzy—lzz—l

A. . . .
5 -1 -3 5 1 -3 5 -1 2 5 -1 3

Céu 115. Cho 2 duomg thing ¢, X3 -Y=3_Z*+2. ) x=5_y+l_z-2

-1 =2 1 3 2 1
buong théng vuong goc voi (P), ct d, va d, lan lugt tai 4,B. Do dai doan 4B 1a

vamp (P):x+2y+3z-5=0.
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A. 243, B. V14. C.5. D. V15.
Cau 116. Cho dudng thing d, ¢ vecto chi phuong U= (,0;—2) va di qua diém
x+3 y-1 z+4

M(1;-3;2), d, : 5 . Phuong trinh mat phang (P) cach déu hai duong thang d, va d,co
dang ax + by + cz+11=0. Gia tri a +2b+3c bang
A. 42. B. -32. C. 11. D. 20.
A -2 \ 2 x—1 y+1 z-2 \ < 2
Cau 117. Cho diém A(l;2;—1) , duong thang d: R R va mat phang

(P):x+y+2z—|—1:0. Piém B thudc (P) thoa man duong thang AB vira cat vira vudng goc véi d . Toa
o diém B la:
A. (6;—7;0). B. (3;-2-1). C. (=38-3). D. (0;3;—2).
. , \ 1 -2
Cau 118. Cho duong thang d va mat phang (P) lan lugt c6 phuong trinh %=%= Zl va
x+y-2z+8=0,diém 4(2;-1;3). Phuong trinh dudong thang A cat d va (p) lanlugttai M va N sao

cho A4 1a trung diém cia doan thang MN 1a

x+1=y+5=z—5 B x—2:y+1:Z—3
3 4 2 6 1 2

x—5=y—3=z—5 D x—5=y—3=z—5
6 1 2 3 4 2

A.

C.

Cau 119. Cho mit phing (P):x—2y+2z-5=0 va hai diém A(-3;0;1), B(0;—1;3). Viét phuong trinh

duong thang d di qua 4 va song song voi (P) sao cho khoang cach tir B dén duong thang d6 1a nho

nhét.
x=-3+2t x=3-2t x=3-2t x=-3+2t
A Jy=-t . B.yy=t . C.qy=-t . D.<{y=t¢
z=1 z=1 z=1 z=1

Cau 120. Trong khong gian Oxyz cho 2 diémA(l;?);O)Vé B(—2;1;1)Vé duong  thing

(A):x+1 :y—_:iz.Viétphu?O‘ng trinh mat cdu di qua A, B ¢6 tim I thudc dudng thang (A)?
2\ 13’ 3) 521 2V 13’ 3 25
A\ x+—=| +|y——| +|z+=| =— B.|x+=| +|y——| +|z+=| =—
5 10 5 100 5 10 5 3
’ 13Y’ 3 521 2Y’ 13Y’ 3) 25
+ y+— | Hz—=| =— D.|x——=| +|y+—| +|z—=]| =—
10 5 100 5 10 5 3

x=t

Cau 121. Trong mit phiang Oxyz, cho duong thing d:< y=—1 va 2 mit phang (P) va (Q) lan luot c6
z=—1

phuong trinh x+2y+22+3=0 ;x+2y+2z+7=0. Mit cau (S) c6 tdm I thudc duong thang (d), tiép

xuc v6i hai mit phang (P) va (Q) c6 phuong trinh

A (w43 4 (p+1) (-3 =5 B (x=3) +(y-1) (43 =
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C.(x+3) +(y+1) +(z+3)’ :g D. (x=3) +(y+1) +(z+3)’ :%

x-4 y—-4 z+3

Cau 122. Trong khong gian Oxyz, cho diém / (l; 3; —2) va duong thing A : . Phuong

trinh mét cau (S) co tam 1a diém I va cit A tai hai diém phén biét A, B sao cho doan théng AB ¢6 d6 dai
bang 4 la:

A (8):(x=1) +(y-3)" +22=9 B. (8):(x=1) +(y-3) +(z-2)
C. (8):(x=1) +(y-3)" +(z+2)" =9 D. (8):(x=1) +(y+3)" +(z+2)’

9
9

Ciu 123. Cho E(0;—1;=5), mp (P):2x+2y—z-3=0 va mit ciu (S):(x—4)2-1-(y—1)z+z2 =25. Goi

A 1a dt di qua E, nim trong (P ) vacat (S ) tai hai diém c6 khoang cach 16n nhat. Phuong trinh cia A

la
x=11 x =50¢ x=11t x =50¢
A ly=-1-2¢ . B.{y=-1+23. C.ly=-1+2¢ . D.{y=-1+23.
z=-5+26¢t z==-54+7t z=-5+26¢t z==5-"Tt
x=1+¢
CAu 124. Cho mit cau (S):x2+y2+22+2x—4y—6z+m—3:0. Tim m dé d:qy=1-t cit (S) tai hai
z=2
diém phan biét
A.mﬁﬂ. B.m<2. C.m>2. D.mzﬂ.
Cau 125. Géc giira hai duong thang 4, : %:y—il: Z;l vad,: x+11 :%: ZI3 bang:
A. 45° B. 90° C. 60° D. 30°
x=5-t
Cau 126. Goc gitta duong thang d:{ y=6 vamp (P):y—z+l =0 la:
z=2+t
A.30° B.60° C.90° D.45°

Céu 127. Trong khong gian véi hé toa do Oxyz cho A(3; O;l),B 6; —2;1). Viét phuong trinh mit phang
2

(P) di qua A, B va (P) tao vai mp(Oyz) goc & thdéa man cosa = = ?

{2x—3y+6z—12=0 B {2x+3y+6z+12=0
2x-3y—-6z=0 2x+3y—-6z-1=0
{2x+3y+6z—12=0 D {2x—3y+6z—12=0
2x+3y—-62z=0 2x-3y—-6z+1=0
x=2-2¢ x=5+3s
Cau 128. Cho diém 4(1;1;1) va hai duong thang d,:4 y =1 od,qy=1
z=-2+t z=3-s

Goi B,C 1a c4c diém lan luot di dong trén d,;d, . Gi4 trj nhé nhat cta biéu thirc P =AB +BC +CA la:
A. 2429 B. 24/985 C. V5 ++10 ++29 D. 5++/10
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Cau 129. Cho diém A(0;1;9) va mit cAu (S):(x—3)"+(y—4)" +(z-4)" =25. Goi (C) la dudmg tron

giao tuyén cua (S) v6i mp(Oxy); diém B va C di chuyén trén (C) sao cho BC = 2+/5 . Khi tir dién OAB ¢6
thé tich 16n nhat thi dudng thang BC ¢ phuong trinh 13

x:2—4t xzﬂ—?)t x=£—4t
x=21+4¢ 5 5
28 28 28
A. y:?—St B. < y=28-3¢. C. y=?+4t D. y=?+3t
z=0 z=0 z=0 z=0

Cau 130. Cho diém E(2;1;3), (P):2x+2y—2z-3=0 vamitcu (S):(x=3)" +(y-2) +(z-5)" =36.
Goi A 1a dudng thang di qua E, nam trong (P) va cit (S ) tai hai diém c6 khoang cach nho nhat. Biét A
c6 mot vec-to chi phuong @ =(2018;y,;z,). Tinh T = z, — y,.

A. T=0. B. T =-2018. C.T=2018. D. T'=1009.
Ciu 131. Cho diém A(0;,-2), mat phang (P):x+y+z+1=0 va mit cau

(S) x’+y*+2°=2x—4y—T7=0. Goi A 1a dudng thing di qua 4 ndm trong mat phing (P) va cit mit
cau (S ) tai hai diém B, C sao cho tam giac IBC c6 dién tich 16n nhat véi 7 13 tAm cta mat ciu (S )

Phuong trinh ciia A 1a

x=t x=t x=t x=t
A. Ay=1 . B. A:sy=1-t. C.A:qy=1+t. D. A:y=1 )
z==-2+t z==2 z==2 z==-2—t

Cau 132. Trong mit phing Oxyz, cho mat cau (S):x’ +(y—1)2 +z2=25 va mit phing
(P):2x+2y—z+15=0. Goi M,,M, 1a hai diém thugc (S)sao cho d(M,;(P)) dat gia tri 1on nhét va
d(M,;(P)) dat gia trj nho nhét. Gia trj cia T =d (M,;(P))—d(M,;(P))1a:

A. 10. B. 5. c. 7, p. 3.

3 3
1 . . .
Cau 133. Cho diém M(z \/2_ J va mat cau (S) :x” +y* +2° =8. Puong thing d thay d6i, di qua diém

M, cit mit cau (S ) tai hai diém phan biét 4, B. Tinh dién tich 16n nhat S cua tam giac OAB.

A S=+7. B.S=4. C.S=2/7. D. S=22.
Céu 134. Cho diém A(1;1;1), B(2:;2;2) vamit cdu (S):x*+° +z°—2x-2y+4z-10=0. Goi (P) la
mit phang di qua A4, B va cat (S) theo mot thiét dién 1a duong tron (C). Puong thing 4B cat (C) tai
hai diém E,F . Diém C thudc dudng tron (C) sao cho tam gide CEF cantai C, CH la dudng cao tng
v6i canh EF . Khi thiét dién c6 dién tich nho nhat thi phuong trinh ciia CH 1a

x=1+¢ x=1-t¢ x=-1-t x=1+¢
A Ay=1 . B. Aixy=1+1. C.A:Jy=1+¢ . D. A:jy=1
z=1-t z=1 z=0 z=2—t
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Cau 135. Cho duong thing 42 _y+l_2-z

1T 2
mit phang (Q) :2x—y—2z—2=0 mot goc c6 sd do nho nhat. Piém A(l;2;3) cach (P) mot khoang bang

. Goi (P) 12 mat phang chira duong thang d va tao voi

11
x=1+2¢
CAu 136. Cho duong thing d:{y=1-¢ vahaidiém A(1;0;-1), B(2;1;1). Tim diém M thudc dudng
z=1
thing d sao cho MA+MB nho nhét.
A. M(1;1;0). B. M i;1;0 . C. M é;l;l . D. M é;g;l .
22 222 333

Cau 137. Trong khong gian Oxyz , cho mat cau (S) tdm 7(9;3;1) ban kinh bang 3. Goi M, N 1a hai diém
lan luot thudce hai truc Ox , Or sao cho duong théng MN tiép Xuc voi (S) ,déng thoi mat cau ngoai tiép

t dién OIMN c6 ban kinh bang g Goi A latiép diém ciia MN va (S),giatri AM.AN bang

A. 12\/5. B. 18. C. 28\/3. D. 39.

Cau 138. Cho ba diém khong thang hang A(3;O;O),B(0;3;O), C(0;0;3). Hai mit cau c6 phuong trinh
(Sl):)c2 +y +22-2x-4y—62+9=0 va (Sz) x>+’ +2° —8x—4z+8=0 cit nhau theo dudng tron
(C ) Hoi c6 tat ca bao nhiéu mit cau c¢6 tim thudc mit phang chia (C ) va tiép xtic voi ba duong thang
AB,BC,CA?
A. Vb s6 B. 1 C.3 D. Khong ¢
x=2+t
Cau 139. Cho mit cau (§):x’ 4—()/—1)2 -|—(z+1)2 =1 va dudng thing d:{y=t . Hai mit phéng
z=-—t
(P),(Q) chira d , tiép xtic v6i (S) tai T va T'. Diém H (a;b;c) la trung diém ctia doan 77T, gia trj clia
bicuthic T=a+b+c 1a

2
A. 0. B C.g. D. 1.

1
"3
Vén dé 5. Toa dd héa bai toan hinh trong khong gian

Cau 141. Cho hinh chép S.ABCD c¢b6 day ABCD 1a hinh chir nhat, 4B=a, BC = a3, SA=a va SA
vudng goc v6i ddy ABCD . Tinh sina véi  1a gbe tao boi duong thang BD va mit phang (SBC).

A. sina=—2. B.sina=—7. C.sina=—3. D. sina=—3.
4 8 5 2

Céu 142. . Cho hinh chop S.4ABCD c6 day 1a hinh vudéng canh a, canh bén S4 = 2a vudng gboc v6i day. Goi
M 14 trung diém canh SD. Tinh cos cua gdc tao béi hai mit phang (AMC) va (SBC).

NEC B L B D.
5 3 2

[SSHE N
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Céu 143. Cho hinh chop S.ABCD c6 day ABCD 1a hinh vudng canh bang a, biét SO=a va SO vudng
goc voi mit day ABCD. Goi M,N la trung diém ciia SA, BC. Goi o 1a goc giita dwdng thang MN va mat
phang (SBD). Tinh coso.

2 V21 J5

A —. B. —. C. —. D.
7 7 10
Cau 144. Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh a, S4=a va SA vudng goc véi
day. Goi M la trung diém SB va N la diém thudc canh SD sao cho SN =2ND . Tinh thé tich khéi tir
dién ACMN .
1 1 1 1
AV=—0ad. B.V==a. C.V==d. D.V=—a.
12 8 6 36
——- HET-—-

W N
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