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chit dé (2) PAO HAM

Van dé 1. DPAO HAM VA Y NGHIA CUA BDAO HAM

® Méddu
Nhiéu bai toan cua toan hoc, vat Ii, hda hoc, sinh hoc, ki thuat, ... doi hoi phai tim gigi han

dang:
i 1= 1(%)

X=Xy X=X,
trong d6 f (x) 1a mot ham s6 da cho cua doi s6 X .
Qua Pai s6 va Giai tich 11, ta biét dinh nghia va ki hiéu ciia s6 gia d6i s6 va s6 gia tuong wng
ctuia ham sé:
= S gia d6ish 1A Ax=x—-X,
= S0 gia tuong (g cua ham s6 1a Ay = f (x)— f ()
Ta s€ dung khai niém va ki hi¢u d6 viét cac gioi han trén: lim =
X=Xy X — XO Ax—0 AX
@ Dinh nghia dao ham
Cho hamso y = f (x), xac dinh trén (a; b) va x, €(a; b)
Gisi han, néu cd, cua ti sé giira s6 gia ciia ham sb va s6 gia ctia d6i s tai x,, khi s6 gia d6i s6
dan téi 0, dugc goi la dao ham cia ham s6 y = f () tai diém x,.
Dao ham cua ham s6 y = f (x) tai X, duoc ki hiéu 12 y'(x,) hodc f'(x,):

)=ty ) ok v ()=
0

® Pao ham mét bén
a. Dao ham bén trai cia ham s y = f (x) tai diém x,, ki hiéu la f'(x; ) duoc dinh nghia Ia
(x5) = tim & = jim 0= (%)
Ax—0" AX  xoX X=X,
trong 6 X — X, dugc hiéu 1a x — X, va x<x,.
b. Dao ham bén phai ctia ham sé y = f (x) tai diém x,, ki hiéu la f'(x;) dwoc dinh nghia Ia

. A o F(x)=f(x
t'(x; )= lim Y _ I|mM
Ax—0" AX x—oxgh X=X,
trong d6 x — x; duoc hiéu 12 x— x, VA x> x, .
Pinh Ii: Him s6 y = f (x) c6 dao ham tai diém x, thudc tap xdc dinh cua n6, néu va chi néu
f’(Xg) va f’(Xg) ton tai va bang nhau. Khi d6 ta c6: f'(x,)= f’(Xa) = f’(xg) .
@ Pao ham trén mét khodang
Pinh nghia:
a. Ham s6 y = f (x) duoc goi 1a c6 dao ham trén khoang (&; b) néu né cé dao ham tai moi

diém trén khoang do.
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b. Him s y = f (x) duoc goi 1a c6 dao ham trén doan [a; b] néu né c6 dao ham trén khoang
(a; b) va c6 dao ham bén phai tai a, dao ham bén tréi tai b .
Qui wéc: Tur nay, khi ta noi hamsé y= f (x) co dao ham, ma khong néi rd trén khoang nao,
thi diéu d6 c6 nghia 13 dao ham ton tai voi moi gié tri thudc tap xac dinh cua ham sb da cho.
® Quan hé giiea swtén tai ciia dao ham va tinh lién tuc cia h.sé
Pinh li: Néu hams6 y = f (x) c6 dao ham tai diém x, thi n6 lién tuc tai diém do.
w Chiay: 1. Dao lai khong dung, tac [a mgt ham sb lién tuc tai diém x, c6 thé khong co
dao ham tai diém dé
2. Nhu vay, ham s khong lién tuc tai Xo thi khéng c6 dao ham tai diém do.
® Y nghia cia dao ham ©
1. Y nghia hinh hec
a. Tiép tuyén cia dwong cong phang: M
Cho duong cong phang (C) va mot diem ¢ dinh M, trén \

(C), M Ia diém di dong trén (C). Khi d6 MM la mot cat "M,

tuyén cua (C).
Pinh nghia: Néu céat tuyén MM c6 vj tri gigi han M,T khi diém M di chuyén trén
(C) va dan téi diém M, thi duong thang M,T duoc goi la tiép tuyén cua duong cong
(C) taidiém M, . Biém M, duoc goi la tiép diém. ya
b. Y nghia hinh hec ciia dao ham:
. f(x, +AX)
Cho ham so y = f(x) xac dinh trén khoang (a; b) va
c6 dao ham taix, € (a; b), goi (C) 1a dd thi ham s6 d6. )
Pinh Ii 1: Dao ham ciia ham s6 f (x) tai diem x, la

. y . o 0
hé so goc cua tiep tuyen M T cua (C) tai diem

M, (%5 f (%))
¢. Phwong trinh cia tiép tuyén:
Pinh i 2: Phuong trinh tiép tuyén cua do thi (C) cia ham s y=f(x) tai diém

M, (%, f (%)) 1

Y=Y = F'(x)(x=x%)

2. Y nghia vt li
a. Van téc tic thoi: Xét chuyén dong thing xac dinh boi phuong trinh: s = f(t), Vi

f (t) 1a ham s6 c6 dao ham. Khi do, van toc tuc thoi cua chat diém tai thoi diém t, la
dao ham cua hams6 s= f (t) tai t,.
v(t)=5'(t) = £'(t)
b. Cwong @9 tic thoi: Dién lwong Q truyén trong day dan xac dinh boéi phuong
trinh:Q = f (t), voi f(t) 1a ham s6 c6 dao ham. Khi d6, cudng do tirc thoi cia dong
dién tai thoi diém to 1a dao ham cia ham s Q = f (t) tai t,.

H(t)=Q'(t) = f'(t)
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Dang 1. Tim sé'gia cita ham s¢’

A. PHUONG PHAP GIAI

Dé tinh s6 gia ciia ham s6 y = f () tai diém Xo twong g Vi s6 gia Ax cho truéc ta ap

dung cong thirc tinh sau: |Ay = f (X, +AX) - f (X, )

B. BAl TAP MAU

VDL Tim sb gia ctia ham s6 y = 2x? —3x+5, twong tng Vai su bién thién cua ddi sb:
a) Tur x, =1 dén x, +Ax =2 b) Tir x, =2 dén x, +Ax=0,9
c) T x, =1 dén x =1+ Ax d) Tur x, =2 dén x=2+Ax
Ay

VD 2. Tinh Ay va ™ caa ham sb sau theo x va AX :
X

a) y=3x-5 b) y=3x*+7 C) y=2x"+4x-1  d) y=cos2x

C. BAI TAP TU LUYEN

Bail.  Timsb gia ciia ham sd y = x* -1 tai diém x, =1 ang vai s6 gia Ax, biét:
a) Ax=1 b) Ax=-0,1




TAI LIEU HQOC TAP TOAN 11 - HK2 - PAO HAM 4

Dang 2. Jinh dao ham bang dinh nghia

A. PHUONG PHAP GIAI

Pé tinh dao ham caa hamsd y = f (X) tai diém x, bang dinh nghia ta lam nhu sau:

e Cach1:
v’ Cho %, mot s gia Ax vatimsé gia Ay = f (x,+Ax)= f(X,)

A
v Taptish =Y
AX

v Tim giéi han lim 2¥ . Néu:
Ax—=0 AX

. Ay . <, R : N . A
+ 1im 2 tn tai hitu han thi tai x, ham so c6 dao ham la f'(x,) = lim 2y
Ax—=0 AX Ax—0 AX

+ Alimo% khong tdn tai hitu han thi tai x, ham sé khong c6 dao ham.
X—> X

e Céch 2:
v Tinn fim )= (%)

Ax—0 X — XO

. f(x)—f(x N . L. . . . .
+ Néu IimM ton tai hitu han thi tai x, ham so c6 dao ham la

) L1 (0

. f(x)-f(x ) . . . .
+ Néu IimM khong ton tai hitu han thi tai x, ham s6 khong c6 dao
X=X X—XO

ham.

B. BAl TAP MAU

VD 3. Tinh dao ham cia ham s y = x> —2x+4 tai x, =2

VD4,  Chohamso y= f(x)=v2x*+1
a) Tim dao ham cta ham s6 tai x, = 2 b) Suy ra gia tri 3f’(2)—5f’(2\@)
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sin3x khi x>0

_ . Tinh dao ham ciia ham sb tai x, =0 bang dinh nghta.
3x+2 khi x<0

VD5, Cho y:f(x):{

C. BAI TAP TU LUYEN

Bai2.  Dung dinh nghia, tinh dao ham ciia mdi ham s6 sau tai diém x, :

a) y=2x+1 taix,=2 b) y=x"+x tai x, =1
C) y:X—Jri taix, =0 d y=v2x+7 tai x, =1
SIX ni x 20
Bai3. Chohamso: y=f(x)={ x
0 khi x=0

a) Chung minhrang f (x) lién tuc tai x, =0.
b) Tinh dao ham (néu c6) cua f (x) tai diém x, =0.

1 .
_ . s x’cos= khi x=0
Bai 4.  Dung dinh nghia, tinh dao ham cuahamso y = f (x)= X tai diem x, =0

0 khi x=0

(x-1)° khi x>0

, i . khong c6 dao ham tai diém x, =0
—X I X<

Bai5.  Chang minh rang ham sé: y = f () :{
nhung c6 dao ham tai x, = 2.

Bai 6.  Dung dinh nghia, tinh dao ham ciia ham s6 y = %H tai X, =0.
+|X

X2 —2|x+3|

Bai7.  Chung minhrang hamsb y = lién tuc tai x = —3 nhung khong c6 dao ham tai diém ay.

X2 khi x<1 . a2
c6 dao ham tai diem x=1.

Bai8. Tima,b déhamso y=f(x)= _
ax+b khi x>1

pcosx+qsinx khi x<0
pX+q+1 khi x>0
p, q ham sé khéng thé c6 dao ham tai diém x=0.

Bai9.  Cho ham so: y= f(x) :{ . Chirng minh rang vé&i moi céch chon
Bai 10. Dung dinh nghia, tinh dao ham ciia méi ham sé sau (a la hang sb):
VéiXi% d) y=+3-x vii x<3

2

a) y=ax+3 b) y:%ax c)y=

2x-1




TAI LIEU HQOC TAP TOAN 11 - HK2 - PAO HAM 6

Dang 3. Quan h¢ giiga lién tuc va dao ham

A. PHUONG PHAP GIAI

Mbi quan hé giita lién tuc va dao ham ta can nhé cac két luan sau:
o f(x)liéntyctai x, < lim f(x)=f (x0)<:>AIim0Ay:0

X=X

o f(x) codaohamtai x, = f(x) liéntyc tai x,
3 f(x)l@ntuctaixochwachéc f (x) co dao ham tai x,
B. BAl TAP MAU
VD6.  Cho ham sb y:f(x):m.
2x+1

a) Xét su lién tuc ctia ham so tai x, =2  b) Xét xem tai x, =2 ham s6 c6 dao ham khong?

2 . X°+3 .
VD7 Cho y:f( ): X sm—x2 khi x;tO.
0 khi x=0

a) Xét su lién tuc ctia ham so tai x, =0  b) Xét xem tai x, =0 ham s6 c6 dao ham khong?

C. BAI TAP TU LUYEN

X2 —2|x+3|

Baill. CMR:hamsé y= lién tuc tai x = —3 nhung khong c6 dao ham tai diém ay.

, 1
. — kh
Bai 12. Chohamso: y=f(x)= s *#0

0 khi x=0
a) Tinh dao ham ciia ham sé tai mdi x e R.
b) Chiing to ring dao ham f'(x) khdng lién tuc tai diém x, =0.
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Dang 4. Y nghia hinh hoc ciia dao ham:

Bai toan tiép tuyén

A. PHUONG PHAP GIAI

«+ Str dung y nghia hinh hoc cia dao ham

v Heé s6 goc k cua cat tuyén MN véi duong cong (C):y=f(x), biét M, N theo

k:ﬂ:yN_yM

thir tu ¢6 hoanh do 14 x,, , x, duoc cho boi:
AX Xy — Xy

VoI X # Xy

v 1'(x,) lahe sb goc cua tiép tuyén véi duong cong (C) tai M (x,; f(x,))

% Tiép tuyén cia do thi

1. Tiép tuyén tai mot diém:

Phuong trinh tiép tuyén véi do thi (C):y = f (x) taidiém M, (%; Y,):

y=Yo=f'(%)(x=%)

Trong d6: - Mg (Xy; ¥,) goi la tiép diem.
- k=1"(x) lahe sb goc.

Céc chd y: Néu cho x, thithé vao y= f(x) tim y,.

Néu cho y, thithé vao y = f(x) tim x,.

2. Tiép tuyén di qua mét diém:

D¢ lap phuong trinh tiép tuyén d véi (C) biét d diqua A(X,; Y,):

Cach 1:- Goi M,(X,; Y,) latiép diém.

Phuong trinh dudng thang d qua M, véi hé s6 goc k = f’(Xo):
Y=Y = f’(xo)(X_XO)

A(XaiYa)ed =y, = Yo =1'(%) (X %)

Giai phuong trinh trén tim x,, tim f'(x,), thé vao y = f (x) tim y,.

Céch 2: Dung diéu kién tiép xuc (S& hoc ¢ I6p 12)

3. Tiép tuyén biét hé sb goc:

- Gidi phuong trinh: f'(x)=k = c4c hoanh d9 tiép diem.
- Thévao y= f(x) détimtung do.

- Viét tiép tuyén: y -y, =k.(x—X,) d ;
» Cha y: \O /
.z / a (04
- tieptuyen d//A:y=ax+b=k=a )( X

- tiéptuyén d LA:y=ax+b=ka=-1
- k=tana, voi a lagéc gitra d voi tia Ox .
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B. BAl TAP MAU

VD 8. Cho duong cong (C):y =x* va haidiém A(L 1) va B(1+Ax;1+Ay) trén (C).
a) Tinh hé sd goc cua cét tuyén AB voi Ax lan luot 4 0,1 va 0,01
b) Tim hé s6 goc cua tiép tuyén véi (C) tai A.

VD9.  Chohamsoy = f(x) ~L o dbthi (C). Viét phuong trinh tiép tuyén véi (C), biét:
X

a) tiép diém c6 hoanh do bang 2 b) Tiép diém c6 tung d6 bang 3
c) Hé so gdc cua tiep tuyen k = —4. d) Tiep tuyen song song vai d : x+9y = 2018

e) Tiép tuyén vudng goc véi d :x+4y=0.  f) Tiép tuyén qua diém A(-8; 0)




GV. TRAN QUOC NGHIA (Suru tdm va bién tap) 9

VD10.  Viét phuong trinh tiép tuyén ciia do thi ham sé y = x*, biét:
a) Tiép diém c6 hoanh do bang — 1.
b) Tiép diém c6 tung d6 bang 8.
¢) Hé s goc cua tiép tuyén bang 3.

C. BAI TAP TU LUYEN

Bai 13.  Cho Parabol y = x’va hai diém A(2; 4) va B(2+AX; 4+ Ay) trén parabol do.
a) Tinh hé sé goc cua cét tuyén AB biét Ax lan lwot bang 1; 0,1 va 0,001.
b) Tinh hé sé goc cua tiép tuyén cua parabol d4 cho tai diém A.

Bai 14. Tim h¢ s6 goc cua cat tuyén MN véi duong cong (C), biét:
a) (C):y=x"-2xvahoanhdd M, N theo thu ty Ia x,, =2, x, =1.

X2 +x+1

b) (C):y va hoanh d M, N theo thirtu 12 x,, =1, X, =3.
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Bai 15.

Bai 16.

Bai 17.

Bai 18.

Bai 19.

Bai 20.

Bai 21.

Bai 22.

Bai 23.

Bai 24.

Bai 25.

Bai 26.

Viét phuong trinh tiép tuyén cua duong hypebol y = 1 , biét:
X
a2 1
a) Taidiém (E ; 2].
b) Tiép diém c6 hoanh d6 bang —1.

., I C s 1
c) Hé so goc cua tiep tuyen bang e

Cho duong cong (C):y =+/x. Viét phuong trinh tiép tuyén cua (C):
a) Biét hé s6 goc cua tiép tuyén bang 1.
b) Biét tiép tuyén song song véi A:x—-4y+3=0.

Viét phuong trinh tiép tuyén caa d6 thi ham sé:

a) y= X—_l, biét hoanh d¢ tiép diém la x, =0.
X+1

b) y=+/x+2, biét tung d¢ tiép diémla y, =2.

N 2 1 \ x? .z N iy £ pe aX apas At L £
Cho hai ham s6 y=—— va y =—. Viét phuong trinh tiép tuyen vai do thi caa moi ham so

2Jx V2

d4 cho tai giao diém caa ching. Tinh géc gitta hai tiép tuyén ké trén.

Cho parabol (P):y=x*. Goi M, va M, la hai diém thudc (P) Ian lugt c6 hoanh d§ x, = -2
va x,=1. Hay tim trén (P) mot diém E sao cho tiép tuyén tai E song song véi cat tuyén
M, M, . Viét phuong trinh tiép tuyén do.

Cho ham s6 y=x*—3x?+2. Viét phuong trinh tiép tuyén cua do thi, biét rang tiép tuyén
vubng goc voi duong thang A:3x—-5y-2018=0.

Viét phuong trinh tiép tuyén véi (P):y = x?, biét rang tiép tuyén d6 di qua diém A(0 ;-1).
Cho ham s6 y = x*—3x*+2. Viét phuong trinh tiép tuyén cua (C), biét rang tiép tuyén d6 di
qua A(0; 3).

Cho ham s6 (C,,):y = f(x)=-x*—mx*+m+1. Tim tat c4 cac gia tri cia tham s6 m dé cac
tiép tuyén cua (C,,) tai A(L 0) va B(-1 0) vudng géc véi nhau.

Cho h.sb y =cos? x+msinx (m la tham s6) c6 dé thi (C). Tim m trong mdi truong hop sau:

a) Tiép tuyén ciia (C) tai diémco x =7 c6 hé s6 goc bang 1.

b) Tiép tuyén cua (C) tai céc diém c6 cac hoanh d§ X = —% VA X :% song song hoic triing nhau.

Tim giao diém cua hai duong cong (P):y=x’—x+1va (H):y :il. Chang minh rang hai
X+

duong cong d6 c6 tiép tuyén chung tai giao diém cua ching.

Cho parabol (P):y = x*. Viét phuong trinh tiép tuyén vsi (P), biét:
a) Tiép tuyén song song véi duong thang d :y =4x+3.

b) Tiép tuyén di qua diem A(0; -1).
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Dang 5. Y nghia Vit |i ciia dao ham cdp 1

A. PHUONG PHAP GIAI

Can nhé cac két qua sau:
v' Néu mét chat diem chuyén dong véi phuong trinh s =s(t) thi van tdc tirc thoi cua chat
diém do tai thoi diém t, 12 v(t)) =s'(t,).
v Mot dong dién c6 dién lwong la Q =Q(t) thi cwong d§ tic thoi cua dong dién tai thoi
diem t, 12 1(t,)=Q'(t,).
B. BAl TAP MAU
VD 1L Mot chat diém chuyén dong c6 phuong trinh 13 s = f (t) =t>+2t+3 (s,m)
a) Tinh dao ham cua ham s6 f (t) tai thoi diém t,.
b) Tinh van tc tirc thoi cia chuyén dong tai thoi diém t=5.
VD12.  Cho biét dién lwong trong mot day dan theo thoi gian biéu thi boi ham sé Q =5t+3 (t tinh
bang gidy, Q tinh bang culdng). Tinh cuong do cua dong dién trong day dan tai t=8.
C. BAI TAP TU LUYEN
Bai 27. Mot vién dan duoc ban 1én tir vi tri M cach mit dat 1m , theo phuwong thang dung véi van toc
ban dau 1a v, =196 m/s (b6 qua sic can caa khong khi)
a) Tim thoi diém t, ma tai d6 van téc cta vién dan bang 0. Khi d6 vién dan cach mat dat bao
nhiéu mét ?
b) Sau khoang bao nhiéu gidy (ké tir ltc ban) vién dan roi xudng mat dat ? (lay g =9,8 m/s? )
Bai 28. M@t vat roi tu do ¢6 phuong trinh chuyén dong s = % gt?, trong d6 g =9,8 m/s® va t duoc tinh
bang giay.
a) Tim van tbc trung binh caa chuyén dong trong khoang thoi gian tir t dén t+At véi do
chinh x4c dén 0,001, biét At lan luot nhan cac gia tri 0,1; 0,01; 0,001.
b) Tim van toc tai thoi diém t =5 giay.
Bai 29. M@t chiéc xe chay duoc quing duong s (km) sau t (gio) duoc tinh bsi s=t>+3t—2. Hay

tinh van tdc tic thoi cia xe d6 sau khi chay dugc 4 gio.
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Van dé 2. CAC QUY TAC TiNH PAO HAM

® Dao ham cia ham téng, hiéu, tich thieng, ham hop

1) (u—v+w)’ =u' -V +w 2) (ku)’ =k.u’, véi k l1a hang sd.

3) (u.v)’ =u'v+Vvu 4) (u.v.w)’ = U'VW + UV'W + uvw'
u) u'v-v'u 1Y V' , -

O Y e
v v v v

@ Bdng dao ham cia cac ham sé ae cdp co’ ban

Pao ham cia cac ham sb so cip co ban Pao ham cia cac ham sb hop

(C)' =0, C hang sb

tanx) = — =1+tan’x tanu) = coiz = u'(1+tan’u)
(cotx) = sigzlx =—(1+cot” x) (cotu) = si_r12 = —u’(1+cot’u)

Dang 1. Tim dao ham cia téng, hiéu, tich, thirong ciia cac ham s¢’

Dao ham ciza ham sé"hep

A. PHUONG PHAP GIAI

Str dung cac quy tic, cac cong thirc tinh dao ham cua mot sé ham sé trong phan tom tat |i
thuyét dé tinh.
w Chiy: * Mot sb baitoan ta can rdt gon trudce dé viéc tinh dao ham s& don gian hon.

+ Sau khi tinh dao ham xong, rdt gon dé dua vé két qua djep hon (néu duoc).

B. BAl TAP MAU

VD13.  Tinh dao ham cua c4c ham sé sau:

a) y=x —-3x'+4x* —4Jx +4 b) y:2x4+§+10x—25
X
c) y:(xz—x+1)(—2x2+3x+l) d) y:(2&+1)(4\/§—3)
3x-1 2X2 -3x+7
e) y= ) y="7——

4X+5 X2 +2x+3
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VD14. Tinh dao ham caa cac ham sd sau:

a) y:(2x2+3\/;)2016 b) y=~4x>+3x*+2

) y=——— d) y:(2x+3)21(x—4)23

C. BAI TAP TU LUYEN

Bai 30. Tinh dao ham caa mdi ham sb sau (a la hiang so):

14 1.1, 3 1 5 2
Q) y=—X"—=xX"+=x"-x+a b)y=——"-—— c) y=3x"(8-3x
4 3 2 (XZ—X+1)5 ( )
2X 5x -3
d) y=(x+1)(x+2)(x+3) e) Y=oy f) Y= i1

2
9) y:L h) y= XX+1 ) y=+v2-5x—x

) y=x2exx+1 k) y =X X

1—X a2_X2
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Dang 2. Tim dao ham cia cac ham sé lwohg giac

A. PHUONG PHAP GIAI

Str dung cac quy tac, cac cong thirc tinh dao ham ctiia mot s6 ham sb lugng giac trong phan
tom tat Ii thuyét dé tinh.

(sinx) =cosx (sinu) =u'.cosu (sin"u) =nsin"*u.(sinu)
(cosx) =—sinx (cosu) =-u'sinu (cos" u)’ —n.cos"u.(cosu)
' 1 ' U’ '
(tanx) = o (tanu) = o5l (tan"u) =n.tan" u.(tanu)
-1 —u'’
(cotx) = SinZx (cotu) = S’ (cot" u)’ — n.cot"*u.(cotu)

Chiy: & Strdung cong thirc lugng giac dé rit gonm két qua sau khi tinh (néu duoc).
¥ C6 thé rdt gon trude khi tinh dao ham dé viéc tinh toan dé dang hon.

B. BAl TAP MAU

VD15.  Tinh dao ham cua c4c ham sé sau:

i : ain? X2 _ein2(9v? _ [ 2
a) y=2sinx+sin2x—sin x+25|n2 sin~ b) y=sin’(2x* —3x+1) ¢)y =Jsin(4x"+x)
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VD16. Tinh dao ham cua cac ham sd sau:

20
sin x , X 1—tan®x 1-cos x
a) y= b) y=,[1+cos’ = C) y=|—— d y=
)Y 1+cosx )Y 2 )y (1+tan2x] )Y 1+cosx

e) y=XsinX+cosX f) y=3tanx+tan3x+tan’x+tanx’ g) y=xcot(x*-1)

_sin®2x+4cos’ x—4

_sin X +Cos X i)y
sin? 2x —4cos® X

~ sin X—cos X

h) y=cot®2x+3cot2x i)




TAI LIEU HQOC TAP TOAN 11 - HK2 - PAO HAM 16
C. BAI TAP TU LUYEN
Bai 31. Tinh dao ham cia mdi ham sb sau:
a) y=>5sinx—3cos X b) y=sin(x*—3x+2) c) y=cos~/2x+1
d) y=sin3x.cos5x e) y=+1+2tanx f) y=tan3x-cot3x
g) y=4sinx—3cosx h) y=4sin*x—3cos* x i) y= X
1-cosx
) yzl—s!nx k) y=—"0X ) y=2xcotx+x?
1+sinx sinx+1
m) y =1+ 2tan x n) y =sin3x.cos4x 0) y:2cos§—sin2x+cos(x2)
p) y=sin®x.cos®x q) y:tan3(2x+%j r) y=sin®| cos’(tanx) |
u) y=cot’vx*+1 V) y=sin’y/x*+1 w) y =sin*(cos3x)
Bai32. Chohamso y=f(x)=x>va y:g(x):4x+sin%x. Tinhtong f'(1)+g'(1) ?
Bai 33. Tinh dao ham cua ham sé sau: y = 1 i\/1 1 /£+£cosx voi xe(0;7)
2 2\2 2\V2 2
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Dang 3. Phutong trinh, bdt phicong trinh chiéa dao ham

A. PHUONG PHAP GIAI

Bai toan thuong duogc dat ra dudi dang:
“Cho ham s y = f (x), hay giai phuong trinh g(y,y')=0"
Khi do, ta thuc hién theo cac budc sau:
Buwéc 1. Tinh dao ham y'.
Buwéc 2. Chuyén phuong trinh g ( Y, y’) =0 vé phuong trinh dai s6 théng thuong dé giai.
w Chay: Cho tam thic f (x)=ax’+bx+c, (a=0)
a>0
A<0
a<o
A<0

a>0

2/ f(X)ZO,VXER@{
A<O0

1/ f(X)>0,VX€R<:>{

a<0

3/ f(X)<0,VX€R<:>{
A<O0

4/ f(X)SO,VXER@{

B. BAl TAP MAU

VD17. Chohamsd y=x*-3x*+x—-2.Tim x saocho:a) y'<-2  b) y'>10

VD18.  Giai cAc bat phuong trinh:

2 2
a) y’<0véiy:m b) y’sOVc’yiy:XZJr—XJrl
x-1 X“—x+1
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VD19. a) Cho y=sin2x—2cosx. Hay giai phuong trinh y'=0.

b) Cho y=3sin2x+4cosx+12x. Hay giai phuong trinh y'=2.
VD20. Chohamsé: y= f(x)=x*-2x*+mx—3. Tim m deé:

a) f'(x) labinh phuong cua mét nhi thirc bac nhat.

b) f'(x)>0,vxeR.

c) f'(x)=0 co hai nghiém phan biét déu duong.

C. BAI TAP TU LUYEN

Bai 34. Tim cac nghiém cta phwong trinh sau:

a) f'(x)=0 voi f(x):%x3—2x2—6x—1. b) f'(x)=-5 voi f(x):%x“—xs—gxz—&
Bai 35. Chohamso f(x)=x®—3x*+2. Hay giai cc bt phuong trinh sau: @) f'(x)>0 b) f'(x)<3
Bai 36. Giai phwong trinh y’ =0 trong mdi trudng hop sau:

a) y=sin2x—2cosX b) y =cos® x+sin x C) y=cos®Xx+sinx

d) y=tanx+cotx e) y=3cosx+4sinx+5x f) yzl—sin(n+x)+2cos(2”2+xj
Bai 37. Chohamsd y=mx’+x?+x-5. Tim m dé:

a) y' bang binh phuong cia mot nhi thirc bac nht.
b) y' c6 hai nghiém trai dau. c) y'>0 véimoi xeR.
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Dang 4. Si dung dao ham chitng minh ddng thaic, bdt dang thaic

A. PHUONG PHAP GIAI

Ta dd biét néu mot ham s6 khong déi trong khoang (a; b) thi dao ham ludn triét tiéu
trong khoang d6. bao lai ta cé dinh i sau:
“Néu ham s y = f (x) ¢6 dao ham trong khoing (a; b) va f'(x)=0,vxe(a; b)
thi ham sb y = f (x) khéng déi trong khoang (a; b)”
Tir @6 ta thuc hién cac dang toan:
Dang 1. Ching minh ring: A(x)=c,VxeD.
Ta thyuc hién cac budc:
Buéc 1. Tinh A'(x), ri khang dinh A’(x)=0, ¥xeD.

Budgc 2. Chon x, e D= A(x,)=c.

Dang 2. Tim diéu kién ciia tham s6 dé A(x) khéng phu thugc vao x.
Ta thyuc hién cac budc:
Buéc 1. Tinh A'(x), rdi tim diéu kién d¢ A'(x) =0, Vx.

Budc 2. Két luan.

B. BAl TAP MAU

VD 21

Cho hai ham s6 f (x)=sin*x+cos*x va g(x):%cos4x.

Chung minh f'(x)=g'(x). Nhan xét ?
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VD 22.

sin* x+3cos* x -1
sin® x+cos® x+3cos* x—1

Chang minh rang ham s6 y = c6 dao ham khdng phu thudc vao x .

C. BAI TAP TU LUYEN

Bai 39.

Bai 40.

Bai 41.

Bai 42.

Chang minh rang:
a) Ham s y =tanx thoa man hé thac y'—y*-1=0.
b) Ham s6 y =cot2x thoa mén hé thic y'+2y?+2=0.

Chirng minh véi moi x thudc tap xac dinh:
a) Néu f(x)=2cos”(4x-1) thi |f (x)|<8. Timgiatri cua x dé dang thirc xay ra.

b) Néu f(x)=tan3x thi f'(x)>3.Timgiatricua x dé dang thic xay ra.
Chang minh rang véi moi x ta déu co:
cos?(x—a)+sin’(x—b)—2cos(x—a)sin(x—b)sin(a—b)=cos’(a—b)

Chang minh rang biéu thuc A =sin? (x—z?ﬂjﬂinz x+sin2(x+2§] khong phu thudc vao x.

Chang minh rang ham sé sau c6 dao ham khong phu thudc x:
a) y =sin®x+cos® x +3sin’ x.cos* X

b) y = cos’ (E— xj+cos2 (£+ x]+cos2 (2—ﬂ— x]+ cos’ (2—ﬂ+ x] —2sin® X
3 3 3 3
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Van de 3. VI PHAN — PAO HAM CAP CAO

A.VIPHAN
@ Pinh nghia
Cho ham s6 y = f (X) x4c dinhtrén (a; b) va c6 dao hamtai x e (a; b).
Cho s6 gia Ax tai X sao cho x+Ax e(a; b).
Tagoitich f'(x).Ax (hodc y'.Ax) la viphan cua hams6 y = f (x) tai x tng véi s gia Ax va
ky hiéu la dy hoac df (x). Nhu vay, ta co:
dy = y'Ax hodc df (x)= f'(x)Ax
Ap dung: Vi ham s y = x,, ta dugc: dx = (x) Ax=1.Ax = Ax
Vay ta c6: dy = y'dx hoac df (x)=f'(x)dx.

@ Ung dung ciia vi phan vao phép tinh gdn diing

Theo dinh nghia dao ham, tacé: f'(x,)= AIimo%
x—=0 AX

Do do, véi |AX| di nho thi:
f’(xo)z%cAyz F(%)AX > T (X +AX)— (%)~ F/(x)AX
X

< (X +Ax)= f(Xx))+ f'(x,)Ax

D6 1a cong thire tinh gan ding don gian nhat.
B.DAO HAM CAP CAO
@ Dinh nghia
Gia sirhams6 y = f (x) c6 dao ham f'(x).
v' Dao ham ciia ham s f'(X), néu c6, duoc goi 1a dao ham cép hai cia ham sé f (x).
Kihiéu la y" hay f"(x).
v' Tuong tw, dao ham cta ham s6 (), néu c6, duoc goi la dao ham cap ba cua ham sé
f(x).
Kihieu la y" hay f"'(x).
v' Dao ham ciia ham s f'’(x), néu co, dugc goi la dao ham cp bén cua ham sé f (x).
Kihigu la y“hay " (x).
v/ Téng quét, dao ham caa dao ham cap n-1 dwoc goi la dao ham cip n caa ham sb
y=f(x).
Kihigula y" hay f(x).
@ Y nghia ce’ hoc cia dao ham cdp hai
Xét chuyén dong thang xac dinh bsi phuong trinh: s = f (t) véi f (t) 1a ham s c6 dao ham.

Khi d¢, gia toc tuc thoi () cua chuyén dong tai thoi diém t 1a dao ham cap hai ciia ham s6

s=f(t)taitlay(t)=f"(t).
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Dang 1. Tim vi phan ciza ham s¢

A. PHUONG PHAP GIAI

e Tinh viphan cua ham so f (x) tai X, cho truéc:

v’ Tinh dao ham caa ham sb tai x,

v' Suy ra vi phan cua ham sé tai x, Gng véi so gia Ax 14 |df (x,) = f'(%,)Ax

e Tinh viphan cua hamso f (x):
v Tinh dao ham cua ham sé

v' Suy ra vi phan cua ham s6 1a |dy = df (x)= f'(x)dx

B. BAl TAP MAU

VD23. Chohamso f(x)=6x"—2x"+4x-1.
Tinh vi phan caa ham s tai diém x, =1, (ing véi s6 gia Ax = 0,01.
VD24.  Tim viphan cia ham sé y = f (x)=sin3x.cos 2x..
VD 25.  Bai 38. Chtng minh
a) Vv1-xdy—dx=0 véi y=-2v1-x. b) (x+2y)dx—xdy:0 Vi Yy =2x"—X.
C. BAI TAP TU LUYEN
Bai 43. Tinh vi phan cua ham s y =sin 2x tai diém x :% ing véi a) Ax=0,01 b) Ax=0,001
Bai 44. Tinh vi phan cia mdi ham sé sau:

Q) y=x—XJX+X+8 b) y=+ax+b (v6i a, b 1a hiang sb)

c) y=tan®(3x)-cot(3x*) d) y=+cos?2x+1
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Dang 2. Tinh gdn diing gid tri ciia ham s¢’

A. PHUONG PHAP GIAI

Dé tinh gan ding gia tri cia ham s f (x) tai diém x,+Ax cho truéc, ta ap dung cong

thuec:

f (X +AX)~ f(%)+ f'(%).Ax

B. BAl TAP MAU

VD 26.

Tinh gan dang cac gia tri:

a) /25,75

b) /8,99 C) sin30°10

d) cos46°

C. BAI TAP TU LUYEN

Bai 45.

a)

0,9995

Tinh gia tri gan ding cua:

b) cos45°30"  c) tan 29°30 d) /4,01

e)
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Dang 3. Tinh dao ham cdp cao ciza ham sé’

A. PHUONG PHAP GIAI

Ap dung tryc tiép dinh nghia dé tinh dao ham cép cao:

yrr _ (yr)’ : ym _ ( yrr)’ : ymr — ( ym)’ : y(n) _ ( y(n—l))

B. BAl TAP MAU

VD27.  Tinh dao ham cap ba ciia ham sd y = xsin x +cos x

VD28. Chohamsb y= . Tim x sao cho y"=-10.

X+1

C. BAI TAP TU LUYEN

Bai 46. Tinh dao ham cip hai cua cac ham s sau:
2
- —-Xx+1 .
a) y=ax’+bx’+cx+d b) yzx—g c) y:X X1+ d) y=xsinx
X— X —

e) y=xv1-x? f) y=cos®x g) Y=xv1+x?

Bai47. a) Cho f(x)=(x+10)". Tinh f"(2).

b) Cho f :'3.T’hf”—£,f”0,f”l]
) Cho f(x)=sin3x. Tin (2] (0) (18

Bai 48. Tinh dao ham ciia mdi ham s sau dén cap cho kém theo:
a) f(x)=x"-cos2x, f¥(x) b) f(x)=cos’x, f®(x)

¢) f(x)=(x+10)", £ (x) d) f(x)=sin2x f®(x)
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Dang 4. Y nghia ciia dao ham cdp hai

A. PHUONG PHAP GIAI

Xét chuyén dong thang xac dinh béi phuong trinh: s= f (t) véi f(t) 2 ham s6 c6 dao
ham. Khi d¢, gia téc tic thei (@) cua chuyén dong tai thoi diém t 1a dao ham cép hai

ctiahamsb s= f (t) tai t.
a(t) = f"(t)

B. BAl TAP MAU

VD 29. Tinh gia tdc tirc thoi ciia chuyén dong s = f (t) tai thoi diém t, trong céc truong hop sau:

a) s=f(t)=t"-32+7t-2,t =2 b) s=f(t)=3sin2t+2cos2t, t, ==
0 0 4

C. BAI TAP TU LUYEN

Bai49. Van téc coa mot chat diém chuyén dong duoc biéu thi boi cbéng thuc
s=f(t)=t>-3t°-9t+2, trong d6 t>0, t tinh bang gidy (s) va v(t) tinh bang m/s. Tim
gia téc cua chat diém:

a) Tai thoi diém t =4s.
b) Tai thoi diém ma van téc cua chuyén dong bang 11.

Bai 50. Van tc ciia mot chat diém chuyén dong duoc bieu thi béi cong thirc v(t)=8t+3t*, véi t>0,
t tinh bang gidy (s) va v(t) tinh bang m/s.

a) Tinh van toc tai thoi diém t=2s.
b) Tinh gia tc tai thoi diém t =3s.
¢) Tinh gia toc tai thoi diém van téc bang 0.
d) Tinh van toc tai thoi diém gia toc bang 0.
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Dang 5. Tim ¢dng thife dao ham cdp n

A. PHUONG PHAP GIAI

Véihamsé y = f(x), tim dugc cong thicc ™ (x) ta thuc hién theo cac buéc sau:
Buéc 1. Tinh '(x), f”(x) doikhicantinhtoi £ (x), f*(x).

Budérc 2. Dy doan cong thuc tong quét ™ (x).

Buwéc 3. Ching minh cong thirc du doan bang phuong phap qui nap.

B. BAl TAP MAU

VD30. Tinh dao ham cap n cia hamsé: y =sinx, véi ne N*

VD3l  Tinh dao hamcap n cia hamsé: y = ,V6i a, beRva neN*

ax+hb

C. BAI TAP TU LUYEN

Bai 51. Chung minh rang: Vi moi ne N*:

a) Néu f(x)=cosx thi f“(x)=cosx b) Néu y =sinx thi y" =sin(x+n%j
£ .9 N ()] 4an-1 z 1 s o (n) n n!
¢) Néu y=sin®x thi y'" =-2*""cos 2x d) Neu y=——thi y"" =(-1) ———=
X+1 (x+1)

Bai 52. Tinh dao ham cdp n cua cac ham sb sau:

a) y:% b) y= c) y=sin®x  d) y=sinax.sinbx (a, b lahing sb)

X2 —3x+2
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Dang 6. Chigng minh ddng thiic co chita dao ham

A. PHUONG PHAP GIAI

v Tim cac dao ham dén cap cao nhat c6 trong dang thac can ching minh
v Thay thé vai vi tri tuong tng va bién d6i vé nay cho bang vé kia. Tir d6 suy ra dang thic
can chang minh.

B. BAl TAP MAU

VD32,  Chohamsb y=xsinx. Ching minh xy —2y’+xy” = -2sin x

VD33,  Chohamsd y=+/x+~/x*+1. Ching minh rang:

a) 20X +1y' =y b) 4(1+x2)y”+4xy’—y:0

C. BAI TAP TU LUYEN

Bai 53. Chung minh rang:

2
a) Néu y=cotx thi y+y'sinx+tan>=0 b) Néuy= cos ;( thi f(zj—f%f’(z]:?,
2 1+sin® x 4 4
¢) Néu y:—%cot3x+cotx+x thi y'=cot*x d) Néu yzx;j thi 2(y’)2 =(y-1)y"
X+
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Van de 4. SU DUNG BAO HAM TRONG CAC BAI
TOAN CO CHUA ¢

A. PHUONG PHAP GIAI

v COng thuc khai trién nhi thirc Newton:
(a+b)" = Zn:Cr'fa”"‘b" =Cla"+Cla" " +...+Cfa" ™ b +...+Cab"* +C"p"
k=0
(a-b)" =(-1)" Zn:Crfa”‘kbk —Cla"-Cla" " +...+(-1) Cra" 0" +...+(-1)"Cb"
k=0

v' Tinh chét:

C¥=CM*| (0<k<n);|Cft+Cl=Cf

n+1

(0<k<n);|C’=C=1

Phuong phap:
e Viét khai trién Newton cua (ax+b)".
e Pao ham 2 vé mot s6 lan thich hop.
e Chongiatri x sao cho thay vao ta dugc dang thic phai chang minh.

B. BAl TAP MAU

VD34. Cho n lasé nguyén duong. Chirng minh cac hé thirc sau:
a) C:+2C2+3C +...+nC! =n.2""
b) 1.2C2+2.3C% +3.4C! +..+n(n-1)C! =n(n—1).2"
c) 2Cy+3.C, +4C +..+(n+2)C/ =(n+4).2""
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VD 35.

Cho (x—=2)" =a, +ax+a,x* +...+a,,xX'™. Tinh:

a) a.

b) S=a,+a,+a,+a,+...+a,,

c) S=a, +2a,+3a,+...+100a,, (PH Hang Hai — 1998)

C. BAI TAP TU LUYEN

Bai 55.

Bai 56.

RUt gon biéu thirc:
a) S, =C,+2C}+3C}+...+(n-1)C)"+nC/
b) S, =Ct-2C2+3C%+...+(n-1)(-1)"“C'™*+n(-1)""C"
c) S, =32C) +4.3C; +54C +...+(n+3)(n+2)C;
d) S,=1.2C2-2.3C}+3.4C; —...+n(n-1)(-1)"C!
€) S, =2.3C, +3.4C; +4.5C> +...+(n+2)(n+3)C,
f) S,=C;.,,—22C2 +3.2°C}  +4.2°C,  +...+(2n+1).2""C2}
Véi n nguyén duong, chitng minh rang:
a) C/+2C:+3C,) +...+(n-1)C/ >(n-2)2"*
b) C;, +3C;, +...+(2n-1)C*" =2C; +4C;, +...+2nC;;
¢) 1.2C2+2.3C +3.4C¢ +...+n(n-1)C! =n(n-1)2"
d) n(n-1)3"*C; +(n-1)(n-2)3"°4C ' +...+2.14"*C} =n(n-1) 7"
e) 2"'C:+2.2"'CZ+3.2"'C} +...+nC) =n.3"*
f) Co+2C;+3C +...+nC) " +(n+1)C) =(n+2).2""
Tim s6 nguyén dwong n sao cho:
ClL.,—2.2C2  +32°CS  +4.2°C}  +...+(2n+1).22"C2t = 2011
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Van dé 5. DUNG DINH NGHIA BAO HAM
PE TiM GIO1 HAN

A. PHUONG PHAP GIAI

s . . . o fF(x)=f(0) ., .,
> Bai toadn 1. Ta c6 thé sir dung dinh nghia cua dao ham: f'(x,) = I|mM dé tinh

X=X X — XO

) . . , R . . f(x)-f(0
cac gidi han co dang vo dinh. Bang cach viet gigi han can tim thanh dang lim M ,
XA)XO X_XO

sau d6 tinh dao ham cua ham f (x) tai diém x, roi &p dung dinh nghia dao ham suy ra két
qua cua gidi han.

> Bai toan 2. Ta st dung cac cdng thirc luong giac dé bién doi va sir dung cong thic

im0 1 i timu(x) =0
X—Xo U(X) X—>Xo

B. BAl TAP MAU

VD 36. Tinh cac gidi han sau
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VD 37.  Tinh cac gi6i han sau
2) Iims_|n3x ) IimtzimZX c Iim1—cgsx d) li 1 S”]ﬁ
x=0 §in 2X x=0 SN 5x x>0 X = (1
e
2
C. BAI TAP TU LUYEN
Bai 57. Tinh céc gidi han sau
2 n n
a)"mx+x+...+x n. b)HmX lm+? 1
X1 x—1 ol (x-1)
. Jx+8-3  3Y4xP 24 +/x+2-8J2x-3
¢) lim————. d) lim 5 .
x>l X°+2X—-3 x—>2 4-X
3 _ n _
) fim X1 f limat2x -1
x—1 {1/;_1 x>0 1+3x -1
Bai 58. Tinh céc gidi han sau
H _ 3
a) limI=C%X. b) lim 2=SNX ¢) lim1=C% X
x>0 X X%ﬂ(ﬂ x>0 XSIN X
2| Z—x
2
- T
—sin x T sm(4—x]
d) lim $8X=sINX ) Iimtan2x.tan(z—x]. f) lim

ot COS2X

r1-~[2sinx

x—>=
4 4
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Bai 59.

Bai 60.

Bai 61.

Bai 62.

Bai 63.

Bai 64.

Bai 65.

Xét su ton tai dao ham cua cac ham sé sau trén R :
X*—x+2 khi x<2 X

a = b =

)Y —1 khi x>2 )y E
x—1 X

Tim a, b dé ham s6 sau c6 dao ham tai x=1:

khi x<1 J2=% i -
) y:{x i x ) y:{ 2-x  khi —J2<x<1

ax’+b khi x>1 x> +ax+b khi x>1

Chang minh rang ham s6 y = ax+b c6 dao ham la y’:ad;bc2
cx+d (cx+d)
. 3x-5 4 2X
Ap dung tinh dao ham cua: y = A A
b dung tinh & Y E T T2 Y T
2 1y 2 ’ r_h
Chang minh rang ham sé y:—ax ,+bX7LC c6 dao ham 1a y' = ab'x +2acx+t2)c b'c
b'’x+c (b'x+c')
2 2 2
Ap dung tinh dao ham cua: y:ﬂ, y= X +1, y:2X x+1
X—2 3X+2 X+5
a b|, _|la c b c
2 +bx+c a bl el ¢
Ching minh ham sé y:% c6 dao ham la y' = .
a'x’ +b'x+c (a’x2+b’x+c’)
. 2x? —x-1 3x* —6x+1 2x* —5x+6
Ap dung tinh dao ham cua: y = , Y= , Y=
P dung tinf €2 ey x> —3x+3 y X +3X+2 y —x?+5
Tinh dao ham cua cac ham sb sau:
X x? 2 4 5 6 3x* —6X+7
Q) y=——-—+x-5 b) y="-—+——— c) y="—-—""—+
)y3 2 )yxx2 ¥ 7x* )y 4x
2 1++/x —x2+7x+5
d y=|—+3x ||vXx-1 e) y= =
) (x ]([ ) )Y 1-Vx D y="F
242X +2
—(x" +x)° h y=(x-x2)" ) y=2 FeXte
9) y=(x"+x) ) y=(x-x*) ) Y=
. 5x—3 1 X2 +1
D y=7—"" K y=——= ) y=
X"+ x+1 (xz—x+1) X
Tinh dao ham cua cac ham sb sau:
2
2) yzzﬁsinx—cosx b) y:3cosx 0 _X +_2cosx
X 2x+1 sin X
2C0S X —Sin X tan x cot x
d y=——— e) y= =
)y 3sin X +C0S X )y sinx+2 Ny 2Jx -1
g) y=sin(x*-3x+2) h) y=cos~/2x+1 i) y=2sin3xcos5x
i) y=+/cos2x k) y:tanXJrl ) y=cotvx*+1

X2
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n) y=+1+2tanx

m) y = tan® x +cot 2x

sin? x )
P Yy=r"—— q) y=tan(smx)

1+tan 2x
t) y=Xx+/sin3x

T
s) y=cos®,|=——2x
)Y «/4

sin X X
0) y="—+——
X sin X

n y=(2-

xz)cosx+2xsin X

u) y =tan®x+tan x?

Bai 66. Tinh dao ham cua cac ham s sau:
5 2x* —3x+1 —Xx* +6x+1
a) y=(x"-4x+1 b) y= ) y=—y5—-
)Y ( ) ) 2x -3 )Y X +x-1
VX2 +x+3 1-x 2+x
d y=—— e) y=,— =
)y 2x+1 )y 1+x Ny 1+ 24/x
_y2
9) y:1+X—X2 h) y= X i) y:(x+1)\/x2+x+1
1-x+Xx X2 +1
Bai 67. Tinh dao ham cua cac ham s sau:
a) y:sin(\/1+x2) b) y=sin (cos3x C) Yy =cosx+y1+sin®x
d) y =cos| cos(cosx)| e) y=cos’ f) y= sin” x + tan” X
1+cotx 1+tanx
0) y:_; h) y= sin’ i) y=+1+cos’x
Sin X+ Cos X COS X
Bai 68. Cho hamso y =+/x* —2x—24 . Giai bat phuong trinh 2f'(x)> f ().
Bai 69. Giai phwong trinh y’ =0 trong mdi trudng hop sau:
a) y:%sin2x+sinx—3 b) y=sin2x—-2cosx c) y=3sin2x+4cos2x+10x
d) y=tan x+cotx €) Y =2Xx—cosX—+/3sin X
Bai 70.  Gidi bt phuong trinh f'(x)> g'(x), biét rang:
a) f(X)=xX+x-v2 va g(x)=3x*+x++2
2
b) f(x)=2xX-x*++/3 va g(x):x3+x?—\@
Bai 71. Cho hamsd y = x—2v/x* +12. Giai bat phuong trinh f'(x)<0. (TN THPT 2010)
Bai 72. Tinh dao ham dén cap duoc kém theo ciia cac ham s sau (n € N*):
a) y=sinx, y", b) y=sinxsin5x, y* c) y=(4-x), y"
1
d y=—, y" e) y= , oy =cos?x, y*"
VY=o Y VY=o 71 Y )y y
Bai 73.  Chtrng minh rang ham sb:

a) y=xsinx

b) y=2x+x*
C) y:(x+\/m)3

3\,

thoa hé¢ thuc y°y"+1=0.

thoa hé thic xy —2(y'—sinx)+xy” =0

thoa h¢ thirc (1+X°) y" +xy' =9y =0.
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d) y:3+E thoa h¢ thae xy'+y =3.
X
Q) y=2=3 théa h¢ thire 2(y')’ =(y—-1)y"
X+4 '

Bai 74.  Viét phuong trinh tiép tuyén cua:
a) y=—o tai diém A(2;3).
b) y=x>+4x*~1 tai diém c6 hoanh do x, =-1.
C) y=4x*—4x+4  taidiém co tung do vy, =1.
d) y=+2x+1 tai diém co hoanh do x, = 4.

x? —2x-15
e) y=2 =2
X—-3

f) y=x"-2x*+1  biét hé sb goc cua tiép tuyén bing 24.

KA Ay A A 1% 4
biét hé so gdc cua ti€p tuyén bang 3

9) y=x*+3x*+2 biét tiép tuyén d L D:x-3y—-15=0.

h) y=x*+x+3 tai diém c6 hoanh do x, =—1.
i) y= 2X+11 tai diém c6 hoanh d¢ x, = 2.
X_
.. 3Xx=-2 n < L X , A .
Bai75. Cho (C):y="f(x)= T Léap phuong trinh tiép tuyen cua do thi (C):
a) Tai diém c6 hoanh d¢ bang 2 b) Tai diém co tung do bang g
c) d//ID:y=-x+25 d) d LA:4x-y=2018.

Bai 76. Goi (C) la dd thi ham s6 y=x*+2x*-1. Viét phuong trinh tiép tuyén cua (C) trong mdi
truong hop sau:
a) Biét rang tiép tuyén song song véi duong thang d :y = -3x+1.
b) Biét rang tiép tuyén vudng goc véi dudng thang A:x—7y = 2018.
c) Biét rang tiép tuyén di qua diem A(0; 2)

Bai 77. Goi (C) 1a d6 thi ham s6 y=x*-5x*+2. Viét phuong trinh tiép tuyén cua (C) trong mdi
treong hop sau:
a) Biét tung do cua tiép diém bang 2.
b) Biét rang tiép tuyén song song véi truc hoanh.
¢) Biét rang tiép tuyén vudng goc véi duong thang d : x +8y —2018=0.

d) Biét rang tiép tuyén di qua diem A(0;-6).
Bai 78. [1D5-1] Cho hamsé y = x*. Viét tiép tuyén caa do thi ham sb d4 cho
a) Biét tiép diem [a M (L;,1). b) Biét hoanh do tiép diém =2 c¢) Biét tung d¢ tiép diem =5

Bai 79. [1D5-1] Cho hamsé y = X;i Viét PTTT cita d thi ham sé biét:
X —

a) Tiép diém M c6 tung do bang 4.
b) Tiép diém M la giao cua do thi ham sé vai truc hoanh
¢) Tiép diém M 14 giao diém cua do thi ham sé vai truc tung
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Bai 80.

Bai 81.

Bai 82.

Bai 83.

Bai 84.

Bai 85.

Bai 86.

Bai 87.

Bai 88.

Bai 89.

Bai 90.

Bai 91.

[1D5-2] Cho ham s y = x® —3x% +1

a) Viét phuong trinh tiép tuyén cua do thi ham s6 tai diém c6 hoanh do x, =1.

b) CMR: trong céc tiép tuyén cua do thi ham sb thi tiép tuyén ¢ cau a cd hé sé goc nho nhat.

[1D5-2] Cho ham s y = x®+ x* + x+1

a) Viét PTT tai M thudc do thi ham s biét trung d6 diém M bang 1.

b) CMR trén d6 thi ham sé khéng ton tai nhitng cap diém ma tiép tuyén tai 2 diém dé vudng
goc vai nhau.

[1D5-3] Cho ham s6 y = x*. Tim cac diém M trén d6 thi ham sb (M = gdc toa do) sao cho

tiép tuyén tai M tao véi 2 truc toa d6 mot tam giac c6 dién tich bang 6.

[1D5-3] Cho ham sé y :2—)(1 . Tim M trén d6 thi ham s sao cho tiép tuyén tai M tao véi 2
X+

T : 1
truc toa do mot tam giac co dién tich bang 7

[1D5-3] Cho ham sb y = Goi M 1a giao diém cua hai do thj ham s trén.

_l va y= X_2
xv/2 V2
Viét pttt cia mdi d6 thi ham sé d4 cho tai diém M . Tinh gbc goc giira hai tiép tuyén tim duoc.
[1D5-2] Cho ham s6 y =X’ +3mx* +(m+1)x+1. Tim m dé tiép tuyén cua do thi ham so tai

diém c6 hoanh do x, =-1 di qua A(1;2).

[1D5-3] Cho ham s y = 2x—11; 1(L2). Timdiém M thudc do thi ham s6 sao cho tiép tuyén
X_

d caa dd thi ham sé tai M vudng goc véi dudng thang IM.

[1D5-3] Cho ham s6 y :X__i; I (-L1). Timdiém M thudc dd thi ham so sao cho tiép tuyén
X+

d caa dd thi ham sé tai M tao v&i dudng thang IM mot géc o ma cosa :g.

[1D5-3] Cho ham s6 y =—x*+2x%+1. V6i M 1a diém thudc do thi ham sé c6 hoanh do bang

- hdy viet phuong trinh tiep tuyén d cua do thi ham so tai M va tim hoanh d¢ cac giao
diém cua d vai do thi ham sb da cho.

x—1
2X+2
sb tai M tao véi 2 tryuc toa do 1 tam giac c6 trong tim G nam trén duong thang A:4x+y=0.

[1D5-3] Cho ham s6 y = . Tim M trén d thi ham sb sao cho tiép tuyén véi do thi ham

[1D5-3] Cho ham sé y :2’(—+11 Tim hoanh d6 diém M thudc d6 thi ham sb biét tiép tuyén tai

M tao véi hai dwong thang d,;d, lan hrot c6 phuong trinh x-1=0 va y—2=0 mot tam giac
vuong can.

[1D5-4] Cho ham sb .y:ZX—_;’.. Puong thang d, :x=2. Puong thang d,:y=2. | la giao

diém cua d, &d,. Goi duong thang d 14 tiép tuyén ciia d6 thi ham s tai diém M tayy. A Ia
giao d &d,, B la giao diém cua d &d,. Viét pttt (d) bict do dai AB nho nht.
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Bai 92.

Bai 93.

Bai 94.

Bai 95.

Bai 96.

Bai 97.

Bai 98.

Bai 99.

Bai 100.

Bai 101.

Bai 102.

[1D5-4] Cho ham s y:%.})uc‘mg thang d,:x=2. Puong thang d,:y=2. | Ia giao

diém cua d, &d,. Goi duong thang d 14 tiép tuyén ciia d6 thi ham s tai diém M tayy. A la
giao d &d,, Bla giao diém ciia d &d,.

a) CMR: M 1a trung diém cua doan thang AB.

b) Tim M dé d(1;d) dat gid tri I6n nhat.

[2D5-1] Cho ham s y = 4x® —6x? +1.Viét phuong trinh tiép tuyén voi dd thi ham sé biét

[1D5-2] Cho ham sé y = 2X+12.Viét phurong trinh tiép tuyén véi db thi ham sé biét tiép tuyén

di qua diém |(1;‘71].

X2+ x+1

[1D5-3] Cho ham s6 y= .Chirng minh rang qua diém A(L-1) c6 thé ké duoc hai

tiép tuyén véi d6 thi ham sé va hai tiép tuyén nay vudng goc véi nhau.
[1D5-4] Cho hamsé y :XLi. Hay tim m dé tir diém A(0;m)ké dugc hai trinh tiép tuyén voi
X —
d6 thi ham sb va hai tiép diém nam vé hai phia cua truc hoanh.
\ z 2x—2 s 2 g e R
[1D5-4] Cho hamso y =T Héy tim m dé tir diém A(m;0)
X+
a) Ké duoc hai tiep tuyén vai do thi ham so tich hai hé so goc cua hai tiep tuyen la s

b) Ké dugc hai tiép tuyén véi d6 thi ham sb va hai tiép diém nam vé hai phia cua tryc tung.
¢) Ké duoc hai tiép tuyén vai d6 thi ham sé va hai tiép diém nam vé hai phia cia duong thang
y=1.

[1D5-1] Cho ham s6 y :%x3 +%x2 —2X—%.Viét phuong trinh tiép tuyén véi do thi ham sb

biét tiép tuyén song song véi duong thang d :4x—y+2=0.

[1D5-1] Cho ham s6 y = #.Viét phuong trinh tiép tuyén vai @6 thi ham sb biét tiép tuyén
—X

vudng goc vai duong thang d : x—y+ 2017 =0.

[1D5-2] Cho ham sb y :%,Vié’t phuong trinh tiép tuyén d véi db thi ham sb biét d tao
X_

" N a2 R 1
Vi truc hoanh mét géc ¢ ma cosa = ——.

NiEj

[1D5-2] Cho ham s6 y = X +%x+2.Viét phuong trinh tiép tuyén d véi dd thi ham sé biét d

. ] N 1
tao vé&i duong thing A:y=-x-7 mot goc & ma cosa = ——.

J26
[1D5-2] Cho ham s6 y = x* —3x*(C);duodng thang d : y =3x+1. Timdiém M trén dd thi(C)

biét tiép tuyén véi dd thi ham sb tai M c6 hé s6 goc &m va tao véi d mot goc o = 45°.
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Bai 103.

Bai 104.

Bai 105.

Bai 106.

Bai 107.

Bai 108.

Bai 109.

Bai 110.

Bai 111.

Bai 112.

Bai 113.

Bai 114.

[1D5-4] Cho ham s6 y = x*-3x*+1(C). Tim hai diém A, B trén do thi ham s6 sao cho tiép
tuyén cua do thi (C) tai A, B song song voi nhau va AB = 4+/2.

2x-1

[1D5-3] Cho ham sb y = (C). Tim diém M trén do thi(C) biét tiép tuyén véi do thi

ham s tai M cét truc ox, oy lin luot tai A, B sao cho AB=+/82.0B.

2x-1
X+1
tiép diem cua tiép tuyén d6 véi (H) cach diém A(0;1) mot khoang bang 2.

[1D5-2] Cho ham sb y =

(H). Viét phuong trinh tiép tuyén voi do thi ham so biét rang

[1D5-2] Cho ham s6 y =—x*+(2m+1)x* —m—1, m latham s6.Tim m dé do thi cua ham s6 da

cho tiép xuc véi duong thang y = 2mx—m—1.
[1D5-3] Cho ham s6 y = x* —6x* +9x (1). Viét phwong trinh tiép tuyén véi d thi ham so (1)

iz . , , ) 4
biet tiep tuyen tao vai duong thang (A) 'X+Yy+1=0 mot goc a sao cho cosa =——va tiep

Ja

diém co toa do nguyén.

[1D5-4] Cho ham s6 y:ii(c).Viét phuong trinh tiép tuyén d cua do thi ham so (C) biét

tiép tuyén tao véi d, :x=1, d,:y=1 mdt tam gidc c6 ban kinh dudng tron noi tiép I6n nhat.
[1D5-3] Cho ham s6 y=—x*+3x*-1(C). Tim trén duong thang y =3 cac diém ma tir d6 ke
duoc ba tiép tuyén phan biét dén do thi (C).

2x+1

-X+1
1(0;1). Timdiém M & (C)c6 hoanh do lén hon 1 sao cho khoang cach tir M dénd nho nht.

[1D5-4] Cho ham s6 y=

(C).Goi d la tiép tuyén cia do thi ham s6 (C) tai diém

2X +23(C).Viét phuong trinh tiép tuyén d cua do thi ham s6 (C)biét
X+

d cat truc hoanh ,truc tung lan luot tai A, B sao cho AOAB can tai O.

[1D5-3] Cho ham s y =

[1D5-3] Cho ham sb y:X—Jri(C).Tim mdé dudng thang y=mx+m cat (C) tai hai diém
X_

phan biét A, B sao cho tiép tuyén cua (C) tai Ava B song song véi nhau.

[1D5-4] Cho ham s6 y = x* +3x* +1.Duong thang A di qua diém A(-1;3)c6 hé s6 goc k. Tim

cc gia tri cua kde Acit (C)tai ba diem phan biét A, D, E.Goi d,, d, lan luot la céc tiép

tuyén cua (C)tai D, E.Chtng minh rang cac khoang cach tir A dén d,, d, bang nhau.

[1D5-3] Cho ham s y =x‘—2x*+2(C).Tim diém M e(C)dé qua d6 ké duoc ba tiép tuyén
dén (C).
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Bai 115.

Bai 116.

Bai 117.

Bai 118.

Bai 119.

Bai 120.

Bai 121.

Bai 122.

Bai 123.

Bai 124.

Bai 125.

Bai 126.

[1D5-2] Cho ham s6 y = 2X_13(C).Tim diém M e (C)co hai toa do 1a s6 hitu ti sao cho tiép
X_
tuyén d cia do thi ham s6 (C)tai M cét truc hoanh ,truc tung lan luot tai A, B sao cho
9
S = .
OAB 2

[1D5-1] Cho ham sb y:X—Jr; (C).Viét phuong trinh tiép tuyén véi do thi ham s6 (C)biét

tiép tuyén di qua diém A(110).
[1D5-1] Cho ham sb y = x* +4x° +10x* +12x+6 (C). Viét phuong trinh tiép tuyén véi do thi

ham s6 (C)biét tiép tuyén vudng goc véi duong thang y = 1—;+1.

[1D5-2] Cho ham s6 y = ))((Li (C).Chting minh rang moi tiép tuyén cua do thi ham so tai diém
M e (C)deu tao véi hai duong thang d,:x—1 va d,:y=1 mét tam giac c6 dién tich khong
doi.

[1D5-3] Cho ham sé y = x*—8x* +1 (C).Viét phuong trinh tiép tuyén cua do thi (C)biét tiép
tuyén tao voi duong thang A :47x—43y+90=0 mot goc 45° va tao véi tia ox mot goc tu.
[1D5-3] Cho ham s6 y=x*—mx*+2 (1)va duong thang d:y=2mx+m+1,trong d6 m Ia
tham s6.Tim m dé d cat do thi ham sb (1) tai ba diém phan biét 1(L1-m), A, B sao cho tiép
tuyén tai A va B c¢6 cuing hé sb goc.

[1D5-2] Tim trén truc hoanh diém ma tir d6 co thé ké dugc ba tiép tuyén dén do thi ham sé

y=-x"+3x+2(C).

2x-1
X+2

[2D1-3] Cho ham s6 y = (C)va diém P(_?g;oj.ﬁm trén (C)cap diém A, Bsao cho
tiép tuyén cua (C)tai A, B song song véi nhau va APAB cén tai P.

[1D5-3] Cho ham s6 y = x*+3x* +mx+m (1).Duong thang d di qua diem 1(-1; 2) c6 hé s

goc bang —m cdt d6 thi ham s6 (1) tai ba diém phéan biét A, B, I. Ching minh rang cac tiép

tuyén cua do thi ham s6 (1)tai A va B song song véi nhau.

[1D5-3] Cho ham sé y = Ll.ﬁm nhitng diém trén dd thi ham sé ma tiép tuyén tai dé tao voi
X_

hai duong thang d, : x =1, d, : y =1mot tam giac c6 chu vi bang 4+ 24/2.

[1D5-4] Cho ham s6 y=x*—2mx®+m (1), mla tham s6.Biét A la diém thudc do thi ham sb

(1) va c6 hoanh do bang 1. Tim mdé khoang cach tur B(%;l} dén tiép tuyén cua do thi (1)tai

A 16n nht.

[1D5-2] Cho ham s6 y=x*—6x*+5(C)..Tim mdé do thi cua ham s6 da cho tiép xtc véi

duong thang y = mx—m.
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Bai 127.

Bai 128.

Bai 129.

Bai 130.

Bai 131.

Bai 132.

Bai 133.

Bai 134.

Bai 135.

Bai 136.

Bai 137.

2x-1
x-1

[1D5-2] Cho ham sé y= (C).Tim m dé d6 thi ham so tiép xic véi duong thang

y=mx+5.

2

[1D5-2] Cho ham sb y:X_—XZ_l.Chfrng minh rang moi tiép tuyén cua do thi ham s déu

khong di qua diem A(2;3).

[1D5-3] Cho ham s y:%xs +(m-1)x*+(4-3m)x+1(C, ). Tim mdé trén do thi (C,)ton
tai duy nhat diém A c6 hoanh d§ &m ma tiép tuyén cua (C,, )tai A vudng goc véi dudng thang
X+2y—-3=0.

—X+1
2x-1
ludn cét do thi (C) tai hai diém phan bigt A va B.Khi d6 goi k,, k, lan luot Ia hé s6 goc cua

[1D5-4] Cho ham s6 y =

(C).Chitng minh rang véi moi m duong thang d:y=x+m

tiép tuyén véi do thi (C) tai A va B,tim mdétong k, +k, dat gia trj lon nhat

[1D5-4] Cho hamsé y =x*-3x+2 (C).Véi X, X, la hai nghiém cia phuong trinh y'(x)=0.

Goi A(X;Y (%)), B(X,y(x,))-Tim trén d6 thi (C)diém M sao cho tiép tuyén véi (C)tai
M cach déu hai diém A va B.

[1D5-2] Cho ham s6 y=x*—(2m+1)x*+(6m-5)x—3(C, ). Tim m d¢ do thj ham so tiép

xuc vaéi truc hoanh.

[1D5-4] Cho ham so y = x®+3mx*+(m-1)x+1 (C,).Chung minh rang trén do thi ham s6

(C,, ) ludn ton tai hai diém ma tiép tuyén tai d6 vudng goc véi duong thang x+9y =0.Tim m

dé duodng thang ndi hai diém d6 di qua diem 1(0;4).

[1D5-4] Cho ham s6 y:%x3—mx2+6(m—1)x+§ (1)c6 @6 thi 1a (C,).Tim m dé trén

(C,)co hai diém M (x;y;)va N(X,;y,)sao cho tiép tuyén tai mdi diem d6 vudng goc véi

duong thing x+3y —6=0 V& /x, +4/X, <23,

[1D5-3] Cho ham s6 y=x*+3x*+mx+1 (1)va duong thang d:y=1.Tim m d¢é hai dé thi

ham s cat nhau tai ba diém phan biét C(0;1), D, E sao cho tiép tuyén cua do thi ham sé (1)

tai D va E vudng goc véi nhau.

[1D5-3] Cho ham s6 y =x*—3mx+2 (1)véi mla tham s6.Tim mdé do thi ham sb (1) co tiép

1 (s 2 ) e s R 1
tuyén tao véi duong thang d :x+y+7=0 mot géc @ ma cosa :E.
Hay viét phuong trinh tiép tuyén ciia d6 thi ham s y = f (), biét tiép tuyén qua diém A:
a) y:A'X_i(2 L V6i A(L - 4). b) y=x*-2x*, vsi A(0; -1).
X2 —4x+4

c) y=x’—3x+1, voi A(L-6). d) y_—l,véi A(-L 0).
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Bai 138.

Bai 139.

Bai 140.

3 2
Cho ham so: y = f (x) :me_ m;

+(3-m)x—2. Tim m dé:

a) f'(x)>0,vxeR.

b) f'(x) c6 hai nghiém phan biét cung dau.

c) Ching minh réng trong truong hop f'(x) 6 hai nghiém (hai nghiém c6 thé triing nhauy) thi
cac nghiém nay thoa man mot hé thue doc lap vai m .

Tim m dé:

a) y=mx—x>co y' <0,vxeR.

b) y:%x3+mx2+4x+3 c6 y'>0,vxeR.

c) y=x>-3mx*+4mx co y'>0,vxeR.
d) y=x*-3(2m+1)x*+(2m+5)x+2 c6 y'<0,VxeR.

e) y:—%x3+2x2—mx+2 c6 y'<0,vxeR.
f) y:%xs—mxz—mx 6 y'<0,Vxe(0; +).

Véi mdi ham sb sau day: @ Tim TXD @ Tinh y’ ® Xét ddu y’, chira y'>0, y' <0 trén
khoang, céc khoang nao:

a) y=—xX+3x+1 b) y:1x3—3x2+8x—2 c) y:ZX_1
3 X+2
X2+ X+2 —X*+2X+2 1
d) y=—"—"7— &) y=——"— f) y=1+——
x-1 X—=1 X—2
g) y=-x'+4x h) y=x*+4x*+1 i) y:4x+1——1
X+1
i) y=4+3x-x? k) y:%x3+3x2—7x—2 ) y=x"-2x*+3
2_
m)y=-x>+x*-5 n y=+v4-x° 0) y:xl_)z(x
X2 —Tx+12
p) y= 2y _3 q) y=+3x-x’ N y=+x*=x-20

2_
s) y:w t) y:i—Zx u) y=+x*-2x+3

X-5 X+1
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Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau b.

Cau 6.

BAlI TAP TRAC NGHIEM CHU PE 5

A. f(x).

B f(x,+h)-f (xo).
h

f (%, +h)—f(x)
h

C. lim

h—0

o fim O+ )= f (=)

h—0 h

(néu ton tai gigi han).

(néu ton tai gigi han).

[1D5-1] Cho ham sb y :%x3 —3x?+7x+2. Phuong trinh tiép tuyén tai A(0;2) la
A y=7x+2. B.y=7x-2. C.y=-7x+2. D. y=-7Tx-2.
[1D5-1] Cho ham s6 y = f (x) xéc dinh trén khoang (&;b) va x, € (a;b). Ménh dé nao sau

day la dung?
K p A ot i g . (x)— (X
A. Néu ton tai gidi han (hitu han) I|mM
X—>Xg X+X0

thi gidi han d6 goi la dao ham cua ham
so y=f(x) tai x,.

B. Néu ton tai gigi han (hiru han) |imw

X—=>Xp X —

thi gidi han d6 goi la dao ham caa ham
0
so y=f(x) tai x,.

C. Néu ton tai gioi han (hitu han) lim )+ (%) thi gi¢i han d6 goi 1a dao ham cua ham
XA)XO X_ 0
s0 y=f(x) tai x,.
F)+ (%)

D. Néu ton tai giéi han (hitu han) lim
X=X X+ X,

thi gidi han d6 goi la dao ham cua ham
so y=f(x) tai x,.

[1D5-1] Sb gia cua ham s6 f (x)=x* -1 tai diém X, =1 tmg v6i Ax=-0,1 I

A. -119. B. 0,01. C. -0,19. D. 0,21.
[1D5-1] Cho ham s y = 2x—5. Tim biéu thirc ciia Ay va %tinh theo x va Ax.
X

A. Ay:ZAx,ﬂ:Z. B. Ay:Ax—lo,ﬂzl—E.

AX AX AX
C. Ay:ZAx—lo,ﬂ:Z—E. D. Ay:Ax,ﬂzl.

AX AX AX
[1D5-1] Tinh gici han lim sindx.
X—> X
1

A.Z. B. 4. C. 0. D. 1.
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Cau 7.

Céau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

[1D5-1] Goi d la tiép tuyén véi do thi ham s6 (C):y = 21
X

hoanh dé tiép diém X, cua d va (C).

A X, =1. B. x,=2. C. X, =-1. D. x,=0.

[1D5-1] Viét phuong trinh tiép tuyén cua d6 thi ham sé f (x)=x*—2x*-2 tai diém c6 hoanh
do x, =-2.

A, y=20x+22. B. y=4x-10. C. y=10x+11. D. y=20x+58.

[1D5-1] Tiép tuyén ctia d6 thi ham sé y = % tai diém M (0;-1) c6 phuong trinh la

A y=x-1. B. y=5x+1. C. y=x+1. D. y=5x-1.

[1D5-1] Trong cac ménh dé sau ddy, ménh dé nao sai:

A.Néuhamso f(x) lién tuc tai diém x, thi f(x) c6 dao ham tai X, .

B. Néu tiép tuyén tai diém M, (x,; f (X,)) cta dd thi ham s y = f(x) song song véi tryc
hoanh thi f'(x,)=0.

C. Néu f'(x,)=0 thi ton tai tiép tuyén tai dicm M, (x,; f (X,)) ciia dd thi ham s6 y = f ()
song song hoac trung vai truc hoanh.

D. Néu ham s f (x) c6 dao ham tai diém X, va do thi cia ham sb 1a mot dudng cong (C) thi

tiép tuyén cua (C) tai diém M, (x,; f (X)) c6 h¢ s6 goc k = f'(x,).
[1D5-1] Xét cac ménh dé sau
(1) Néuhamso y = f (x) c6 dao ham tai diém x, thi n6 lién tyc tai diém do.
(11) Néuhamsd y = f (x) gian doan tai diém x, thi nd khdng c6 dao ham tai diém do.
(111) Néuhamsé y = f(x) lién tuc tai diém x, thi nd khdng c6 dao ham tai diém do.
Trong ba ménh dé trén
A.Co (1), (1) ding. B. C6 ba ménh dé ding.

C. Ca ba ménh dé déu sai. D. C6 (1) ding.

[1D5-1] Gia st u(x), v(x) la cac ham s6 c6 dao ham tai diém x thudc khoang xéc dinh.
Trong c4c ménh dé sau ménh dé ndo Sai?

A (U() V() =u'(x)v(x)+u(x)V(x). B (:EX;
C. V(X , (V6i v(x)=0). D. (u(x)+v(x))’ =u'(x)+V'(x).

V(X) vE(x)

[1D5-2] Goi (P) 1a do thi ciia ham s6 y =2x*—x+3. Phuong trinh tiép tuyén véi (P) tai

diém ma (P) cit tryc tung 1a
A y=-x+3. B. y=—x-3. C. y=4x-1. D. y=11x+3.

\ . 1
[1D5-2] Db thi (C) ciia ham s6 y = X

cat truc tung tai diém A. Tiép tuyén cua (C) tai
diém A c6 phuong trinh 1a
A y=—-4x-1. B. y=4x-1. C. y=5x-1. D. y=-5x-1.



GV. TRAN QUOC NGHIA (Suru tdm va bién tap) 43

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

[1D5-2] Goi (C) 1a d6 thi ctia ham s6 y =x*+x. Tiép tuyén ctia (C) vudng goc véi duong
thang d :x+5y =0 c6 phuong trinh Ia
A. y=5x-3. B. y=3x-5. C. y=2x-3. D.y=x+4.

[1D5-2] Cho hams6 f (x) l1a ham s6 trén R dinh boi f (x)=x* va X, € R . Chon céu ding.

A. (%) =X,. B. f'(X)=x;.
C. (%) =2%,. D. f'(x,) khéng ton tai.
[1D5-2] Cho ham sé f(x) xac dinh trén (0;+c) boi f(x)zl. Dao ham cua f(x) tai
X
X, =~/2 I
1 1 1 1
A =. B. —=. C. —. D. —.
2 2 72 72
[1D5-2] Phuong trinh tiép tuyén cua do thi ham 6 y=(x+1)°(x—2) tai diém c6 hoanh do
x=2 la
A. y=-8x+4. B. y=9x+18. C. y=-4x+4. D. y=9x-18.

[1D5-2] Phuong trinh tiép tuyén cua do thi ciia ham s& y =x(3-x)* tai diém c6 hoanh do
x=2 la

A. y=-3x+8. B. y=-3x+6. C. y=3x-8. D. y=3x-6.

[1D5-2] Cho ham s y=x’-6x*+7x+5 (C). Tim trén (C) nhiing diém c6 hé so goc tiép
tuyén tai diém d6 bang —2.

A. (-1-9); (3;-1). B. (L7); (3-1). C. (3,7);(-3-97). D.(L7);(-1-9).

[1D5-2] Tim hé sb goc cua tiép tuyén v6i do thi y =tan X tai diém c6 hoanh do x = %.
1
A k=1. B.k:E. C. k==, D. 2.

[1D5-2] Cho dudng cong (C):y = X*. Phuong trinh tiép tuyén cua (C) tai diém M (-11) la
A y=-2x+1. B. y=2x+1. C. y=-2x-1. D. y=2x-1.

X2 + X

> Phuong trinh tiép tuyén tai A(L-2) la

[1D5-2] Cho ham sb y =
A.y=-4(x-1)-2. B.y=-5(x-1)+2. C.y=-5(x-1)-2. D.y=-3(x-1)-2.
[1D5-2] Biéu thirc cia Ay ciia ham s6 y = x* —1tinh theo x va Ax la

A Ay=0. B. Ay:(Ax)2+2xAx.

C. Ay:ZXAx+(Ax)2—2. D. Ay:(Ax)2 ~1.

[1D5-2] Mot vat roi tu do theo phuong trinh S (t)= % gt? véi g =9,8m/s?. Van tdc tirc thoi

cla vat tai thoi diém t =5 gidy la
A. 122.5m/s. B. 61,5m/s. C. 9,.8mf/s. D. 49ml/s.
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Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

[1D5-2] M§t chat diém chuyén dong thing xac dinh béi phuong trinh S (t)=t>—2t> + 4t +1,
trong d6 t duoc tinh bang gidy va S tinh bang mét. Gia toc ctia chuyén dong khi t = 2 gidy la
A. 12m/s°. B. 8m/s®. C. 9m/s®. D. 6m/s?.

1 X Z , A N z X .. 2 L. R
[1D5-2] H¢ so goc cua tiép tuyén cuia do thi ham so y = tai giao di€m vdi truc hoanh

bang

A 9. B. C. 4. D. -9.

O

[1D5-2] S6 tiép tuyén ciia dudng cong (C):y=x>+3x’—8x+1 song song véi duong
thang A:y=x+28 la

A 0. B. 1. C. 2. D. 3.
[1D5-2] Tinh gii han lim 275X
x=0 SIN 5X
A2 B. 1. c.2. p. 1
5 3 5

@)

[1D5-2] Cho ham s6 y =sin2x (C). Hé s6 goc cua tiép tuyén cua do thi (C)tai diém c6 hoanh
T S
do x=—— bang.
: 5 bang
A -2, B. 2. C. 0. D. -1.

[1D5-2] Cho ham s6 y = x*—3x+1(C). C6 bao nhiéu tiép tuyén ctia d6 thi (C) va song song
v6i duong thang d :9x—y—-15=0.
A. 2. B. 1. C. 0. D. 3.

[1D5-2] Cho hamsb y = f (x)=xvx*-1. S6 nghiém ciia phurong trinh f '(x)=0 la

A. 1. B. 2. C. 3. D. 0.
[1D5-2] Cho ham sé y = f (x) =[x +2x|. '(0) c gid trj bang

A. 2. B.-2

C.0. D. Khéng ton tai dao ham tai x=0.

[1D5-3] Cho ham sb y = 2—X2 Phuong trinh tiép tuyén caa (C) cat cac truc Ox, Oy lan luot

tai A va B saocho AB =20A 13
A y=—X. B. y=—x+4. C. y=—x-8. D. y=—x+8.

[1D5-3] Piém M trén dd thi ham sb y =x3®—-3x* -1 ma tiép tuyén tai d6 co hé sd goc k bé
nhét trong tat ca cac tiép tuyén ciia do thithi M , k la
A M(L-3), k=-3. B.M(L3), k=-3. C.M(L-3),k=3. D.M(-L-3), k=-3.

[1D5-3] Cho ham s y =& +1b ¢6 db thi cht truc tung tai A(0;-1), tiép tuyén tai A c6 hé sb
X_

goc k=-3.Cacgidtricaa a, b la

A.a=1, b=1. B.a=2, b=1. C.a=1, b=2. D.a=2, b=2.
x> —3x+1

[1D5-3] Cho ham sb y = va xét cac phuong trinh tiép tuyén c6 hé sé goc k =2 caa

dd thi ham s6 1a
A. y=2x-1, y=2x-3. B. y=2x-5; y=2x-3.
C. y=2x-1, y=2x-5. D. y=2x-1, y=2x+5.
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Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

2
[1D5-3] Cho ham sb y:ix;g’, tiép tuyén ctia do thi ham sé vudng goc véi dudng
X+
thangd :3y - x+6=0 Ia
A. y=-3x-3; y=-3x-11. B. y=-3x-3; y=-3x+11.
C. y=-3x+3; y=-3x-11. D. y=-3x-3; y =3x-11.

[1D5-3] Tim m dé tiép tuyén cia do thi ham s6 y =(2m-1)x*-m +% tai diém c6 hoanh do

x = =1 vudng goc véi dudng thang d:2x-y-3=0.
A3 B L c. L. D. 2.
4 4 16 16

[1D5-3] Cho hamso y = iz, tiép tuyén cua do6 thi ham so ké tir diém (-6;5) la
X j—

1 7 1 7
A y=—Xx-1; y=—X+—. B.y=-Xx-1; y=—-X+—.
Y y 4 2 Y y 4 2
17 17
C.y=—x+1;, y=—-X+—-. D.y=-Xx+1; y=—-X——.
Y y 4 2 Y y 4 2

e Je 2 i 4R s AN 1t 1N X 3Xx+4 .

[1D5-3] Tiep tuyen ké tir diém (2;3) t&i do thi ham so y = . la

X_
A, y=-28x+59 ; y=x+1. B. y=-24x+51; y=x+1.
C. y=-28x+59. D. y=-28x+59; y=-24x+51.

[1D5-3] Cho ham s6 (C):y =x*-3mx* +(m+1)x—m. Goi A 1a giao diém cuia do thj ham s6
V6i tryc tung. Khi d6 gia tri m dé tiép tuyén cua dd thi ham sé tai A vudng goc voi duong
thang y=2x-3 la

A. —E. B. 1. C. -3. D. —i.

2 2
[1D5-3] Mot vién dan dugc ban 18n troi tir mot vi tri cach mat dat 1000 m theo phwong thang
dimg voi van toc ban dau v, = 245 m/s (bo qua stc can ctia khong khi). Tai thoi diém vién dan
dat do cao 1on nhat cach mat dat bao nhiéu mét?

A. 3062,5(m). B. 4062,5(m). C. 3461(m). D. 4026,5(m).

[1D5-4] C6 bao nhiéu gi tri nguyén ciia tham sé me R dé dd thi ham s y = 4x® —3x tiép xuc
V6i dudng thang y =mx—17?
A 0. B. 1. C. 2. D. 3.

[1D5-4] Cho ham s6 y =2X;1 c6 dd thila (C). Goi diém M (xX,;Y,) V6i X, >-1 1a diém

(x+1)
thuoc (C),biét tiép tuyén ciia (C) tai diém M cét truc hoanh, tryc tung lan luot tai hai diém
phan biét A, Bva tam gidc OAB ¢ trong tdim G nam trén duong thang d :4x+y=0. Hoi gia
trj cia X, +2y, bang bao nhiéu?

A. —Z. B. 1. C.

2

N | ol
O
|
I



TAI LIEU HQOC TAP TOAN 11 - HK2 - PAO HAM 46
f(x)+3
g(x)+1

cac d6 thi cac ham s da cho tai diém c6 hoanh do x =1 bang nhau va khac 0. Khing dinh ndo

dudi day 1a khang dinh dung?

Cau 46. [1D5-4] Cho cachamsé y=f(x), y=g(x), y= . Hé sb goc cua cac tiép tuyén cua

11 11 11 11
A. f(1)<-=. B. f(1)<=. C. f(1)>-=. D. f(1)>=.
UESS (1)<5 1)>-7 ()27
2
Cau47. [1D5-4] Cho hamsé y=""—2MX*M =it tri m d& db thi ham sb cit truc OX tai hai diém va
X+m
tiép tuyén cua do thi tai hai diém d6 vudng goc 1a
A. 3. B. 4. C.5. D. 7.

BAI 2. QUI TAC TiNH PAO HAM

Cau 48. [1D5-1] Dao ham cip mot ciia ham s y = (1-x°) I
Ay =5(1-x)". B.y'=-15x*(1-x°) . C. y'=-3(1-x’)".  D.y=-5x(1-x)".

Cau 49. [1D5-1] Dao ham ciia ham sé f (x) =(x’ +1)“ tai diém x=-1 Ia

A -32. B. 30. C. —64. D. 12.
Cau50. [1D5-1] Hamsé y =2t c6 dao ham 12
1 3 1
Ay =2. B.y=———. C.y=- . D. y'=
(x-1)° (x-1)° (x-1)°

Cau 51. [1D5-1] Cho hamsd y = x® —3x? —=9x—5. Phuong trinh y' =0 c6 nghiém la
A. {-1,2}. B. {-1,3}. C. {0;4}. D. {1,2}.

Cau 52. [1D5-1] Chohamso f(x) xéc dinh trén R béi f(x)=2x*+1.Giatri f'(-1) bang
A 2. B.6. C. 4. D. 3.

Cau 53. [1D5-1] Chohamso f (x) xéc dinh trén R\{1} boi f(x):z—xl. Giatriciia f'(-1) bang

A. % B. —%. C. -2. D. Khéng ton tai.

Cau 54. [1D5-1] Cho ham s6 f (x) xéc dinh trén R boi f (x)=ax+b, véi a, b 1a hai s6 thyc da cho.

Chon cau dung:
A. f'(x)=a. B. f'(x)=-a. C. f'(x)=bh. D. f'(x)=-b.

Cau 55. [1D5-1] Tinh dao ham ctia ham sé y = x* —3x? +%x+3.

A. y’:4x4—6x2+%. B. y’:4x3—6x+%. C. y’:4x3—6x+; D. y’:4x3—6x—%.

Cau 56. [1D5-1] Tinh dao hdm ctia hamsd y = 2X +31.
X_
7 4x—2 5 4x-5
Ay =- B.y'= C.y=- D.y=-
" ey Ty ey T oy
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Cau57. [1D5-1] Tinh dao ham cia ham b y = (x* +2x ).

A y’:10(3x2+4x)g. B. y’:10(3x2+2x)(x3+2x2)9.
C. y’:10(3x2+4x)(x3+2x2)9. D. y’:10(x3+2x2)g.
Cau 58. [1D5-1] Tinh dao ham cua hamsé y = ax® +bx? +cx+d, (Véi a,b,c,d e R va a=0).
A. y' =3ax’ +bhx+c. B. y'=ax’ +bx+c.
C. y'=3ax’+2bx+c. D. y'=ax*+bx+d.
A . X2 + X T .
Cau 59. [1D5-2] Chohamso y= 5 dao ham ctia ham s6 tai x=1 la
X_
A y'(1)=—4. B. y'(1)=-5. C.y'(1)=-3. D. y'(1)=-2.
Cau 60. [1D5-2] Cho hamsd y=———. y'(0) bing
4—x
: 1 : 1 , ,
A.y(O):E. B.y(O):g. C. y'(0)=1. D. y'(0)=2.

Cau 61. [1D5-2] Chohamsé f (x) xéc dinh trén R boi f(x)=+/x?. Gidtri f'(0) bing
A 0. B. 2. C. 1. D. Khéng ton tai.

, x—2)
Cau 62. [1D5-2] Hamsb y= ( 1 ) cd dao ham la

—X
. X2 42X . X2 =2x , . X2 +2x
Ay =—0H0m. B.y'= = C.y'=-2(x-2) D.y'= il :
(1-x) (1-x) (1-x)
) o (1= o \
Cau 63. [1D5-3] Chohamso y= . Dao ham cua ham so f (x) la
1+\/;
—2(1-/x —2(1-x
At 20 5. 1120
(1+&) &(1+ﬁ)
2(1-/x 2(1-x
C. f’(x):(—)z. D. f’(x):g.
\/;(1+\/;) 1+\/;
Cau 64. [1D5-3] Chohamsd f(x) xdc dinh trén R boi f(x)=3x. Gidtri f'(-8) bing
AL B. -1 c. i p. -1,
12 12 6 6
x> +1-1 Khi 0
Cau 65. [1D5-2] Chohamsd f(x) xdcdinhbsi f(x)=1" yx " *7 . Giatri f'(0) bing
0 khi x=0
A 0. B. 1. C. % D. Khéng ton tai.

Cau 66. [1D5-2] Cho hamsd f (x)xéc dinh trén R boi f(x)=-2x*+3x. Ham sb c6 dao ham f'(x)

bang
A. —4x-3. B. -4x+3. C. 4x+3. D. 4x-3.
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Cau 67.

Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

Cau 76.

[1D5-2] Cho hams6 f (X)xéc dinh trén D =[0;+w) cho b&i f (x)=xvX c6 dao ham la

A. f’(x):lx/;. B. f’(x):E\/;. C. f’(x):iﬂ. D. f’(x):x+£.
2 2 2 X 2
2
[1D5-2] Ham s f(x):(\/_—%] xéc dinh trén D = (0;+<0). C6 dao ham cua f (x)1a
X
1 1 1 1
. ! =X+—-—-2. B. f' =X——. . f! = -— . D. f' =1-—.
A. f'(x) x+X 2 (x)=x 2 C. f'(x) Jx T (x) 2

3
[1D5-2] Ham s f (X) :(\/——i] xac dinh trén D =(0;+c). Pao ham cia ham f (x) la

Ix

A f’(x)zg(ﬁ—%—%+ﬁ]. B. f’(x):g(ﬁ+%+%+ﬁ].

'XZE—X+L+L—L. (X)) =xdx - x+i—i.
103 ) O Wk

[1D5-2] Cho ham s6 f (x)=—x*+4x>-3x?+2x+1 xac dinh trén R. Gid trj f'(-1) bing

A. 4. B. 14. C. 15. D. 24.
[1D5-2] Cho hamsé f (x)= 2x—11 x4c dinh R\{1} . Dao ham cua ham s f (x) 1
X +
2 3 1 -1
A. f'(x)= . B. f'(x)= . C. f'(x)= . D. f'(x)= .
() (x+1)2 () (x+1)2 () (x+1)2 () (x+1)2
[1D5-2] Cho ham s6 f (x):—1+% xéc dinh R\{0} . Pao ham cia ham s6 f (x) I
X
A. f’(x):—lxi/;. B. f’(x):lxi/;. C. f’(x):—L. D. f'(x :—L.
3 3 3xd/x 3xd/x?
[1D5-3] Cho ham 6 f (x)=k¥/x ++/x (k eR). Dé f'(1)=g thi ta chon:
A. k=1. B. k=-3. C. k=3. D.kzg.
[1D5-2] Pao hamcuay = 2; la két qua nao sau day?
X —2X+5
1 2X—2 2X—2 2X—2
Ay = . B.y=—"""% _ Cy=—=>>=""% Dy=--""°%_
2X=2 (x2—2x+5)2 (x2—2x+5)2 X —2x+5
2x-1

[1D5-2] Tinh dao ham ciia ham s6 y = :
X+2

A y= 5 . X+ 2 B.y =1 5 . X+ 2
O (2x-1) Vax-1 ' (2x-1)° V2x-1-
1 [x+2 , 5 X+2 .

—-,/ . D.y== 5 / .

2 V2x-1 (x+2) 2x-1

[1D5-3] Cho hamsb f (x)=k¥/x +/x (k eR). Dé f'(1)=g thi ta chon:

C.y=

A k=1 B. k=-3. C. k=3. D.kzg.
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Cau 77.

Cau 78.

Cau 79.

Cau 80.

Cau 81.

Cau 82.

Cau 83.

Cau 84.

Cau 85.

Cau 86.

X2 —2x+5

[1D5-3] Véi f(x):—l. Thi f'(-1) bang
X_
A. 1l B. -3. C. 5. D.0.
[1D5-3] Cho ham s y = f (x) =——— . Tinh y’(0) bing
4-X
: 1 : 1 : :
A.y(O):E. B.y(O):g. C. y'(0)=1. D. y'(0)=2.
.2 X2 + X O X
[1D5-3] Cho hamso y = 5 , dao ham ctia ham so tai x=1 la
X_
A y'(1)=—4. B. y'(1)=-3. C.y'(1)=-2. D. y'(1)=-5.
[1D5-3] Dao ham ctia ham sé y = (2x-1)vx*+x Ia
4x2 -1 4x* -1
Ay =2X X ————=. B. y =2vx*+ X+ :
20X+ X VX2 +X
4x% -1 4x° +1
C.y =2VxX + X+ ——. D. y=2Vx* + X + ———.
20X+ X 20X+ X
. 1
1D5-3] Pao ham cia hams6 y=——— 14
D551 Bao ham cua ham $0 ¥ = e r1
1 1
Ay =- . B.y'= .
y (4lx+1_,lx_1)2 2\/X+1+2\/X—1
cy 1 1 D,y 1 1

= + :
2Ux+1  2Jx-1
V-5x* +14x—9 . Tap hop cac gia tri cia x d¢ f'(x)<0 la

[1D5-3] Cho hamsé f (x)
A. (Zgj B. (—oo;zj. C. (1Zj D. (Z;+oo].
55 5 5 5
X+

[1D5-3] Cho ham s6 y =2 ; M Tim m dé phuong trinh ' =2 ¢6 hai nghiém phan biét.

= + .
INx+1 4x-1

A m<2vam=#-2. B.m<-2. C. m<-2. D. m>-2.
. x*+(Bm-2)x+1-2m _ ., o
[1D5-3] Cho ham so y = > . Timcacgiatricia m dé y'>0 vdi moi X
X+
thudc tap xac dinh.
A.m<g. B.m>g. C.msg. D.ng.
8 8 8

o (m*-m) : o :
[1D5-3] Cho ham so y= X2 +2mx® +x—-2m+1. Véi gid tri nao caa m thi
y'>0VxeR?

1 1 1

[1D5-4] Cho ham s y:%x3 —mx®+(3m—-1)x+1. C6 bao nhiéu gi4 tri nguyén cia tham so

m thuoc [-2018;2018] dé y'<0,VxeR.
A. 2019. B. 2018. C. 2017. D. 2016.
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Cau 87.

Cau 88.

Cau 89.

Céau 90.

Cau 91.

Cau 92.

Cau 93.

Cau 94.

Cau 95.

Cau 96.

[1D5-4] Cho ham s6 y = f (X) lién tuc, c6 dao ham trén R va dd thi (C) ciia né di qua céc
diém A(0;15), B(L; 13). Biét rang f’(x) la mot da thirc bic bdn va c6 bang xét déu 1a

X ‘ —00 -1 0 1 +00
f(x) \ + 0 - 0 - 0 +
Hoi diém nao trong s6 bon diém dudi day thudc (C)?
A Q(2 -1). B. M (2 71). C. N(2; 41). D. P(2; -41).

[1D5-4] Cho ham s6 y =x*—3x*+4 ¢6 dd thi 1a (C). Hai duong thang d,, d, c6 hé s goc
am, song song véi nhau va lan lugt tiép xtic véi (C) tai X, X,. Khdng dinh ndo sau day dung?
A O<|[-x|<4.  B.4<|-x|<6. C.6<[¢-x|<8. D.8<|x}-x|<16.
[1D5-4] Cho ham s6 y = x*—3(m+1)x* +9x—m. Tim m dé phuong trinh y'=0 ¢6 2 nghiém
phan biét x,, X, thoa man diéu kién |x, —X,[< 2.

A. me[—3;—1—\/§)u(—1+\/§;1] B. me[—3;—1—\/§Ju[—l+x/§;1]
C. me(—l—\/g;—1+\/§). D. me[—3;—1—\/§).

BAI 3. PAO HAM CUA HAM SO LUGNG GIAC

[1D5-1] Trong cac ménh dé sau ménh dé nao ding?

A. (sinu)’ =cosu, (Vi u=u(x)). B. (cosu)’ =sinu, (v6i u=u(x)).
C. (tanu)' = col;;u , (voi u=u(x)). D. (cotu)' :si:;u , (voi u=u(x)).

[1D5-1] Ham s6 y =sinx c6 dao ham la

. 1
A. y'=cosX. B. y'=-cosX. C. y'=-sinx. D.y=—.
CoS X
[1D5-1] Ham s6 y =cos x c6 dao ham la
. . 1
A. y'=sinx. B. y'=-sinx. C. y'=-cosx. D.y=—.
sinx
[1D5-1] Ham s6 y =tanx c6 dao ham la
1 1
A. y' =cotx. B.y = : C.y= D. y'=1-tan’x.
Y = osix = sint x y
[1D5-1] Ham sd y = cot x c6 dao ham la
1 1
Ay =—tanx. B.y=- : C.y=- : D. y'=1+cot’ X.
Y = s x V=i X y
. L
[1D5-1] Ham sb y :E(l+tan x)* c6 dao ham I3
A,y =1+tanx. B. y'=(1+tan x)z.
C. y'=(1+tanx)(1+tan’ x). D. y'=1+tan®x.

[1D5-1] Tinh dao ham ciia ham s y = 5sin x —3cos X.
A. y'=-5sinx+3cosx. B. y'=-5sinx—-3cosX.
C. y'=5cosx—3sinx. D. y'=5c0sx+3sinx.
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Cau 97. [1D5-1] Tinh dao ham ciia ham s y = cos~/2x+1.
A. y’:—sm— '2X+1. B. y’:w. C. y’:—sm— '2X+1. D. y'=-siny/2x+1.
24/2x+1 V2x+1 NV2x+1
Cau 98. [1D5-1] Tinh dao ham ciia ham sé y =sin 2x
A. y'=2(sin 2x)’. B. y’'=cos2x. C. y’:2(c052x)'. D. y'=2c0s2x.
Cau 99. [1D5-2] Cho ham sb f(x):3sin2(2x+%) Gia tri 16n nhat va nho nhat cua f'(X) lan luot 1a
A 1 -1 B.12; -12. C. -6; 6. D. 6 ;-6.
A N N N z X+1 .
Cau 100. [1D5-2] bao ham ctia ham s y = tanT la
1 1 1 1
Ay=——"—. B.yy=———. Cy=——— D y=——"——.
2c0s? X +1 cos? X1 2c0s? XL cos? X1
2 2 2 2
Cau 101. [1D5-2] Cho ham sé y =sin x —~/3cos x . Tim nghiém cta phuong trinh y' =0.
A. X=%+kﬂ',(k€Z). B.X:%+kﬂ,(keZ).
T T
C. X:E+k2ﬂ,(keZ). D. X:—E+kﬂ,(keZ).
Cau 102. [1D5-2] Tinh dao ham cita ham s6 y =sin(x* —3x+2).
A. y'=cos(x* -3x+2). B. y'=(2x-3).sin(x* —3x+2).
C. y'=(2x-3).cos(x* -3x+2). D. y'=—(2x-3).cos(x* —3x+2).
Cau 103. [1D5-2] Pao ham ciia ham sb y :sin(%—ZXJ la
. T . T
A. -2sin 2x. B. COS(E—ZX) C. 2sin 2x. D. ZCOS(E—ZX].
Cau 104. [1D5-2] Ham s6 nao sau ddy c6 dao ham & ham sé y = cos2x +sin x ?
A. y=sin2X+COoSX. B. y:%sinZX—cosx.
C. y=sin2x—cosx. D. y:%sin2x+cosx.
Cau 105. [1D5-2] Cho hamso y = f (x)=sin X +C0S X ++/2x. Nghiém duong nhé nhét cua phuong trinh
f'(x)=0 la
AT B. x=-2+k2z(keZ)
4 4
C. ng—ﬂ D. X:&
4 4
A sz sinx N
Cau 106. [1D5-2] Ham s6 y =—— c¢6 dao ham la
X

X COS X +Sin X XCOS X —Sin X XSin X+ cos X XSin X —Cos X
'=———— . B.y'= C.y= D.y=——F7-—.

2 . . I S— B — 5

Ay
X X X X
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Cau 107. [1D5-2] Ham s6 y = x*.cos X ¢6 dao ham Ia
A. Yy =2x.cosX—Xx’sinx. B. y' =2X.COSX+ X’ Sinx.
C. y'=2x.sinx—x*COSX. D. y'=2x.8in X+ X* COSX.
Cau 108. [1D5-2] Ham s6 y =tan x—cot x c¢6 dao ham la
y'= : y'= 1 C.y=—a S
c0s% 2X ' sin?2x’ Y T s 2x Y =GinTax’
Cau 109. [1D5-3] Ham s6 y = 2+/sin x — 2+/cos x c6 dao ham la
Ay = t ! B.y'= ! +
' Jsinx  <Jeosx ' Jsinx  cosx
, COSX  sinx , COSX
C.y=—7—- . Dy =—+ :
4/SIN X +/COS X 4/SIN X +4/COS X
Cau 110. [1D5-3] Ham s6 y = f (x) = 2 f'(3) bing
cos(7zx)
A 2r. B &% C.ﬁ. . 0.
3 3
Cau 111. [1D5-3] Ham s y:tanzg ¢6 dao ham 1
. X . X . X
sin— 2sin - sin— X
Ay = 2x' B.y= )% C.y= 2x' : y’:tan3(—].
cos® = cos® = 2co0s® = 2
2 2 2
Cau 112. [1D5-3] Ham s6 y =+/cot2x ¢ dao ham la
A v 1+ cot? 2x B v —(1+00t22X) C. v 1+tan? 2x —(l+tan22x)
LY =Y. Y =————".C. Y =——F/—. =,
\cot 2x \/cot 2x y Jcot 2x \/cot 2x
Cau 113. [1D5-3] Cho ham s y = cos3x.sin 2x. Tinh y’(%) bang
T T T 1 T 1
Ayl =|=-1. B.y|=|=1. C.y|=|=-=. Y ===
y(sj y(sj y(sj 2 y(sj 2
Cau 114, [1D5-3] Cho ham'sé y =<2 2% Tinh y/[ % biing
1-sinx 6
T T T T
Ay = |=1. B.y|=|=-1. C.y|=|=43. Ly = |==B.
y(ej ym y(ej y(ej
Cau 115. [1D5-3] Xét ham s6 f (x)=3/cos2x . Chon dép 4n sai:
—25sin 2x
A. f(zj:—l. B. f'(x)=—2222
2 ( 3.3/cos? 2x
C. f’(%)zl. D. 3.y%.y'+2sin2x=0.
2
Cau 116. [1D5-3] Cho ham sb y = f (x)=sin X +Cos/X . Gia tri f’[Z—G] bang

A 0. B. V2. c. 2
T
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Cau 117.

Céau 118.

Céau 1109.

Céau 120.

Céau 121.

Céau 122.

Cau 123.

Céau 124.

[1D5-3] Cho ham sb y = f (x)=+tanx+cotx. Giatri f’ ( j bang

A 2. B.Q. C.0. D. L.
2 2
[1D5-3] Cho ham sb y = f(X)=—==.Giatri f’(gj bang
SIn X
A 1. B. % C.0 D. Khéng ton tai.

[1D5-3] Xét ham sb y = f(x):ZSin(%+ x] Tinh gia tri ' (6] bang
A. -1. B.0. C. 2. D. -2.
[1D5-3] Cho ham sb y = f(x)ztan(x—%] Giatri f'(0) bang

A 4. B. V3. C. —/3. D. 3.

[1D5-3] Cho hamsb y = f (x) = 2sin</x. Pao ham cua ham s y I

1 1 1
A. ’:2005\/;. B. ’:—cos\/;. C. ’:2\/§.cos—. D.y=—="——.
y ¢ N Y N Y Jx.cos/x
[1D5-3] Cho ham sé y = —>%_ Tinh y( jbang
1-sinx

T T T T
A. V| =|=1. B. y|=|=-1. C.vy|=1=2. D.yv|I=|==-2.
y(ej ym ym y(ej

[1D5-3] HamM s6 y =sin®x.cosx c6 dao ham la

A. y'=sinx(3cos’ x-1). B. y'=sinx(3cos’ x+1).
C. y'=sinx(cos’ x+1). D. y'=sinx(cos’ x-1).
[1D5-3] Dao ham ctia ham sb y = cot? (cos X) +,[sin x —% la
A. y'=-2cot(cosx)——; 1, cosx |
sin®(cosx) [ T
2,/sinX——
2
B.y= 2cot(cosx);.sin x4 —2B8X
sin?(cos x) [ T
2,/sinX——
2
C. y'=-2cot(cos x)—; 1, cosx
sin(cos x) _ T
Jsinx—"=
2
D. y’:2cot(cosx);.sinx+ cosX

sin? (cos x) /sinx—zl
2
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Céau 125.

Cau 126.

Céau 127.

Céau 128.

Céau 129.

Céau 130.

Céau 131.

Cau 132.

Céau 133.

Céau 134.

Céau 135.

[1D5-4] Cho ham s6 f(x)=sin2x+2(1-2m)cos2x—2mx+1. Véi gid tri ndo cua tham sb
m thi phuong trinh f'(x) =0 c6 nghié¢m.
A meR. B. me[-L1]

C. me(—oo;lju(ﬁﬁoo] D. me(1;+oo]
2 6 3

[1D5-4] Cho ham s6 f (x) =mcos x+2sin x—3x+1, tim tat ca cac gia tri cia tham s6 m dé

phuong trinh f'(x)=0 c6 nghiém.

A m<—/5 hoacmzx/g. B. v/5<m<+/5.
C. m<—/5. D. m>+5.
[1D5-4] Cho hams6 f (x)=sin® xtan” x+3cos® x va g(x)=4sin’ x—tan? x. Khi d¢:
A. f'(x)+9'(x)=sin2x. B. f'(x)+g'(x)=3.
C. f'(x)+9g'(x)=1. D. f'(x)+g'(x)=0.

. COS X 2 oy
[1D5-4] Cho hamso y =——, x# 0. Chon dang thirc dung.

X

A. y'x-2y +cosx=0. B. y"’x—2y'—cosx=0.
C. y'x+2y'—cosx =0. D. y"x+2y'+cosx=0.

BAI 4. VI PHAN

[1D5-1] Cho ham 6 y = f (x)=(x—1)’. Biéu thirc ndo sau dy chi vi phan cua ham sé f (x)?
A. dy=2(x-1)dx. B. dy:(x—l)2 dx. C.dy=2(x-1). D. dy =2(x-1)dx.

[1D5-1] Cho ham s y = x> —5x+6. Vi phan ciia ham s6 1a
A dy= (3x2 —5)dx. B. dy= —(3x2 —5)dx. C.dy= (3x2 +5)dx. D. dy = (3x2 —5)dx.

[1D5-1] Cho hamso y :il' Vi phén cta ham so 1a
X_

dx B. dy = 3dx y —3dx dx
(x-1)" O (x-) O (x-1)

2
[1D5-1] Cho ham sé y = X **1

A dy=

. Vi phan cua ham sb 1a

x*—2x—2 2x+1 _ 2x+1 X2 —2x—2

A dy:—WdX.B. dy:(x—1)2 dx. C.dy= (x—1)2 dx. D. dyzwdx.
[1D5-1] Cho ham s y = x* —9x* +12x —5. Vi phan ciia ham s6 1a

A dy:(3x2—18x+12)dx. B. dy:(—3x2—18x+12)dx.

C. dy :—(3x2 ~18x +12)dx. D. dy :(—3x2 +18x—12)dx.

[1D5-1] Tim vi phan ciia ham s6 y = x* +3x? —2x+ 4.

A dy:(3x2+6x—2)dx. B. dy =3x* +6x—2dXx.

C. dy:(—3x2+6x+2)dx. D. dy:(x2+3x—2)dx.

[1D5-1] Vi phan ciia ham s6 y =cos x la
A. dy =cos xdx. B. dy =—cos xdx. C. dy =—sin xdx. D. dy =sin xdx .
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Cau 136. [1D5-2] Cho ham s6 :3—13. Vi phan ciia ham s6 1a
X

A dy:%dx. B. dy:i‘ldx. C. dy:—i‘ldx. D. dy = x*dx.
X X

Cau 137. [1D5-2] Cho ham s6 y =sin x —3cos x. Vi phan cia ham s 1a

A. dy =(-cosx+3sinx)dx. B. dy =(—cosx—3sin x)dx.

C. dy =(cos x+3sin x)dx. D. dy =—(cosx+3sinx)dx.
Cau 138. [1D5-2] Cho ham s6 y =sin®x. Vi phan ciia ham s6 1a

A. dy =-sin2xdx. B. dy =sin2xdx. C. dy =sinxdx. D. dy = 2cosxdx .
Cau 139. [1D5-2] Ham s6 y = xsin x+cosx ¢ vi phan la

A. dy =(xcosx—sinx)dx. B. dy =(xcosx)dx.

C. dy =(cosx—sinx)dx. D. dy =(xsinx)dx.
Cau 140. [1D5-2] Ham s6 y =—; T C6 vi phan la

X% +
—x? 2
A. dyzl—xzdx. B. dyzzz—xdx. C. dyzlz—xdx. D. dy = ! - ax.
(x2+1) (X +1) (X +1) (x2+1)

Cau 141. [1D5-2] Cho ham s6 y =5sin2x vi phan ciia ham s6 tai x :% la

A. dy =5dx. B. dy =10cos2xdx. C. dy=-10cos2xdx. D. dy =-5dx.
Cau 142. [1D5-2] Cho hamsé y :1X +23 , Vi phan ctua ham s tai x=-3 la
—2X
A dy:%dx. B. dy =7dx. C. dy:—%dx. D. dy =-7dx.
Cau 143. [1D5-2] Cho ham so y =sin(sinx) vi phan ctia ham s6 tai x la
A. dy =cos(sin x)dx. B. dy =sin(cosx)dx.
C. dy =cos(sin x).cos xdx. D. dy = cos(sin x).sin xdx .
Cau 144. [1D5-2] Cho ham sé y = tan~/X vi phan ctia ham sb tai x 1a
1 1
A dy=——"_dx. B.dy=———dx.
24/x.cos/x Y = % cos x
1 1
C.dy=———dx. D.dy=———_dx.
24/x.cos? v/x Y = X cosdx
Cau 145. [1D5-2] Cho ham s6 y = cos? 2x Vi phan cia ham sb tai x 1a
A. dy =4cos2xsin 2xdx . B. dy =2cos2xsin 2xdx .
C. dy =—-4cos2xsin 2xdx . D. dy =-2cos2xsin 2xdx.
— 2 ’
Cau 146. [1D5-2] Cho ham s6 Y=1 . vi phan cua ham s6 tai x la
+X
A dy= 4 ~dx. B.dy= _4X2dx. C. dyzlxz. D. dy = _42dx.
(1+ x2) (1+ x2) (1+ x2) 1+x
. 2_ x> .
Cau 147. [1D5-2] Cho hamsb f (x)=1* ~ % MM X¥20 &t qua ndo dusi day 1a ding?
2X khi x<0
X2 — X
T F 2 — "ot Y= I —h —1=—
A. f(0 )_XILT(X X)=0. B. f'(0") lim - lim x-1=-1.

C. f'(07)=1lim 2x=0. D. df (0) =—dx.

x—0"
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Cau 148.

Céau 149.

Céau 150.

Céau 151.

Céau 152.

Céau 153.

Céau 154.

Cau 155.

. . sinx khi x>0 . i s
[1D5-2] Cho hams6 f (x)= _ . Khing dinh nao duéi day 1a sai?
X khi x<0
A. f'(0%)=1. B. f'(07)=1.
C. df (0)=dx. D. Ham sb khong c6 vi phan tai x=0.
g XCAx+l
[1D5-2] Ham so y:—1 O vi phan la
2_ —
A dy=-X"2X"24 B. dy=-2*"1 4
(x-1) (x-1)
2_ —
C. dy=--2*"1 4 D. dy=X 22
(x-1) (x-1)
[1D5-2] Ham s6 y = —— c0 vi phan la
X“+1
—x? 2
A. dy= 1-x > dx. B. dyzzz—xdx. C. dyzlz—xdx. D. dy= !
(x2 +1) (x +1) (x +1)
[1D5-2] Vi phan cia ham sé y =/x? —5x bing bidu thirc ndo sau day?
1 2Xx-5
A dy=——dx. B. dy=—22"_gx.
2% —5x VX% —5x
2Xx -5 2Xx-5
C.dy=-—2"2_dx. D. dy=—22">_dx.
24 X% —5x 24 %? —5x
[1D5-2] Biéu thirc nao sau day 1a vi phan clia ham sd y = — 1?
X2 +
2 2 2 2
. 3 +12 : X +12 dx. )Z +1dx. D. X +12.
(x2+1) (x2+1) x“+1 (x2+1)
[1D5-3] Vi phan ciia ham sé y = tanyx |,
Jx
sin(24/x
A dy:Ldex. B. dy:(—z)dx.
4x/x cos?/x 4x+/x cos?\/x
; zﬁ—sin(zﬁ)d ; zﬁ—sin(zﬁ)d
C.dy= X. D. dy=- X.
d 4x/x cos? /x d 4x/x cos? \/x
[1D5-3] Xéthams6 y = f (x)=+/1+cos’ 2x . Chon cau ding:
—sin4x —sin4x
A. df (X) =——————=0dx. B. df (X) = ———0dx.
(%) 2+/1+Cos® 2x () V1+cos® 2x
COS 2X —sin 2x
C. df (Xx) = ——=dx. D. df (X) = —————=dx.
(%) V1+cos® 2x (%) 2+/1+Cos® 2x
d(si
(105-4] Tinh 9CINX).
d(cosx)
A. —cotx. B. —tanx. C. cotx. D. tanx.

(x2 +1)2
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S7

Céau 156.

Céau 157.

Céau 158.

Céau 159.

Céau 160.

Céau 161.

Cau 162.

Céau 163.

Céau 164.

Cau 165.

BAI 5. PAO HAM CAP CAO

[1D5-1] HamM 86 y = — > c6 dao ham cap hai la

A. y”ZO. B y”:

[1D5-1] Ham s y = (X + 1)3 c6 dao ham cép ba la

Ay =12(X + 1). B. y"= 24(X* + 1).
C.y"= 24(5%° + 3). D.y"= -12(x*+ 1).
[1D5-1] Cho hamsé f (x)=(x+1). Gidtri f"(0) bing
A. 3. B. 6. C.12. D. 24.
[1D5-2] HamM s6 y =+/2x+5 c6 dao ham cap hai bang
A y'= ! : B.y'= ! :
(2x+5)v2x+5 2X+5
C.y'=- ! . D.y'=—— 1
(2x+5)/2x+5 2X+5
s X2+ x+1 .z 3
[1D5-2] Ham s6 y =——— ¢6 dao ham cap 5 bang
A y® =— 120 =,  B.y®= 120 = C.y® = L = D. y® =— LI
(x+1) (x+1) (x+1) (x+1)
[1D5-2] Ham s6 y = x+/x* +1 ¢6 dao ham cap 2 bang
2x° +3x 2x2+1
A y'=- : B.y'= .
(1+ x? )\/1+ G NIED'G
C.y'= 2x° +3x Dy’ = 2x% +1
' (1+ x? )\/1+ G NG
[1D5-2] Ham s6 y = (2x+5)° ¢6 dao ham cdp 3 bing
A. y"=80(2x+5)’. B. y" =480(2x+5)".
C. y"=-480(2x+5)". D. y"=-80(2x+5)".
[1D5-2] Ham s6 y =tan x c6 dao ham cap 2 bang
2sin x 1 1 2sin X
A y'=- . B.y'= . C.y'=- . D.y"= .
y cos® x V= cosix y cos® X Y o x

[1D5-2] Cho ham s y =sinx. Chon cau sai.

A. y’:sin(x+%j. B. y"=sin(x+xz). C. y’”:sin(x+37ﬂ]. D. y(4):sin(2n—x).

—2x% +3x

[1D5-2] Ham sb y = c6 dao ham cip 2 bang

A y'=2+ 1 . B.y'= . C.y'=

) )
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Cau 166. [1D5-2] Ham s6 y = f(X):COS(ZX—%j.Phu’O'ng trinh f(“)(x):—s c6 nghiém XE[O;%} I
A x==. B.x=0vax=2. C.x=0vax=2%. D.x=0vax=2

Cau 167. [1D5-2] Cho ham s y =sin2x. Chon khing dinh dung.
A 4y-y'=0. B. 4y+y"=0. C. y=y'tan2x. D. yZ:(y’)2:4.

Cau 168, [1D5-2] Cho ham sé y = f (x) = . Xet hai ménh dé:
X

14 " 2 . " 14 6
(1):y"=f"(x)==. (1):y"=f"(x)=-—=.
X X
Ménh dé nao ding?
A. Chi (1) dung. B.Chi (I1) ding. ~ C.Cahaidéudung. D. Ca hai déu sai.
Cau 169. [1D5-2] Néu £7(x) = 23"% thi £ (x) biing
COS X
1
A —. B - C. cotx. D. tanx.
COS X COS X
Cau 170. [1D5-2] Cho ham'sé y = T (x) = ~—**2 x4t hai menh dé;
(1):y'=f'(x)=-1- 2 <0,vx=1. ():y"=f"(x) =——= 4 >0,vx 1.
(x-1)* (x-1)*
Ménh dé nao ding?
A. Chi (1) dung. B.Chi (I1) ding. ~ C.Cahaidéudung.  D. Ca hai déu sai.
Cau 171. [1D5-2] Cho hamso f (x)=sin®x+x. Gia tri f”( j bang
A. 0. B. -1. C. -2. D. 5.

Cau 172. [1D5-2] Cho hamso f ()
A [-12]. B. (—o0;0]. C. {-1}. D. @.

5(x+1)’ +4(x+1). Tap nghiém cua phuong trinh f"(x)=0 la

Cau 173. [1D5-2] Cho hamsé y =L3. Khi d6:
X_

3 1 3 1
A y"(1)== B. y"(1)==. C.y"(1)=-=. D. y"(1)=-=.
y"(1)=73 y"(1)=73 y"()=-3 y"(1)=-7
Cau 174. [1D5-2] Cho ham sé y = (ax+b)’ véi a, b Ia tham sb. Khi do:
A y®(1)=0. B. y*(1)=10a+b. C. y"(1)=5a. D. y*(1)=10a.

Cau 175. [1D5-2] Cho ham sé y =sin?2x. Tinh y* (%] bing
A. 64. B. —64. C. 644/3. D. —644/3.

Cau 176. [1D5-2] Néu f (x)=sin®x+x’ thi f”(——] bang

A. 0. B. 1. C. -2. D. 5.
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Cau 177.

Céau 178.

Cau 179.

Céau 180.

Céau 181.

Céau 182.

Céau 183.

Céau 184.

Cau 185.

Cau 186.

Céau 187.

Céau 188.

Céau 189.

Céau 190.

Céau 191.

[1D5-2] Cho ham sb y = 1 T Pao ham cap hai y” cua ham sb d4 cho la
X+
" 2 " 2 " —2 " -2
A y'= il B.y'= 7 C.y'= 7 D. y"= il
(x+1) (x+1) (x+1) (x+1)
[1D5-2] Cho ham sé y = cos®x . Pao ham cip hai y” bing
A. y"=-2cos2x. B. y"=-4cos2x. C. y"=2cos2x. D. y"=4cos2x.
[1D5-2] Cho ham s§ f (x)=(x+1)". Gidtri cia f"(2) bing
A. 27. B. 81. C. 9. D. 108.
[1D5-2] Cho ham s y =sin® x. Gia trj biéu thic M =y +9y bang
A. sinx. B. 6sinx. C. 6cosx. D. —6sinx.
[1D5-2] Cho ham s6 y = Asin(@x+¢). Tinh M = y" + »?y.
A M =1. B.M=-1. C. M =cos’(wx+4). D. M =0.
[1D5-2] Cho ham s6 :X;z' Tinh y".
X_
-2 2 -2 2
A y= 7 B.y= 3 C.y= Z D.y= n
(x-2) (x-2) (x-2) (x-2)
[1D5-2] Cho y = xsinx. Tinh y".

A. y=2sinx—xcosx. B. y=2cosx—xsinx.C. y=sinx+xcosx. D. y=cosx +xsinx.

[1D5-2] Cho y =cos’x. Tinh y".
A. y=-sin2x. B. y =sin2x. C. y=-2c0S2X. D. y=2c0s2x.
[1D5-2] Cho y =ax® +bx* +cx+d. Tinh y".
A. y=3ax’+2bx+c. B.y=3ax’-2bx+c. C. y=6ax+2b. D. y"=6ax—2b.
[1D5-2] Cho f(x)=(x+10)". Giatricua f"(2) bing
A. 622080. B. 1492992. C. 124416. D. 103680.
[1D5-2] Cho f (x)=sin3x. Gié trj cua f”(—%) bang
A. 9. B.O. C. 9. D. -3.
[1D5-2] Cho f(x)=sin3x. Giatricua f"(0) bing
A. 0. B. 3. C. -3. D. 1.
[1D5-2] Tinh dao ham cap hai cua ham s6 f (x)=x°—x* +1 tai diem x=2.
A. f"(2)=14. B. f"(2)=1. C. f"(2)=10. D. f"(2)=28.
[1D5-2] Tim dao ham cap hai cia ham sé y =tanx.
A y'=- 14 . B. y"=2tanx.
Cos” X
C.y'=- 23 : D. y"=2tan x(1+ tan? x) :
COS® X
R z ., R z X+1 ..
[1D5-2] bao ham cap hai cia hamso y = ~ 5 la
X_
A. yrr _ 6 . B. yrr _ —6 . C. yrr _ —6 . D. yrr _ 6

59
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Cau 192.

Céau 193.

Céau 194.

Céau 195.

Céau 196.

Céau 197.

Cau 198.

Céau 199.

Céau 200.

Céau 201.

Céau 202.

Céau 203.

Cau 204.

Céau 205.

[1D5-2] Tinh dao ham cap hai ciia ham s6 y =sin2x, biét dao ham cip mot cua ham sé 1a
y'=2C0s2X.
A. y"=-4sin2x. B. y"=4sin 2x. C. y"=-4co0s2x . D. y"=4cos2x.

[1D5-2] Tinh dao ham cap hai cia ham s6 y = 2x+cos x, biét dao ham cip mot cua ham sé 1a
y'=2-sinx

A. y"'=2-sinx. B. y"=2-cosx. C. y"=-sinx. D. y"=-cosx.

[1D5-2] Cho ham sb y = cos®x . Pao ham cap hai y” bang

A. y"=-2c0s2X. B. y"=-4cos2x. C. y"=2c0s2x. D. y" =-2sinx.

R z 3x-2 eas L K N "

[1D5-2] Cho hamso y = . Giai bat phuong trinh y" > 0.

A x>1. B. x<1. C. x=#1. D. v0 nghiém.

[1D5-2] Cho ham s y = x.sin x. Pang thtic nao sau day dung?

A. y'+y=-2C0SX. B. y"—y=—(x+1)sinx.

C. y'+y=2cosx. D. y'—y=-2cosX.

N 2x+1 N , " L s
[1D5-2] Cho hamso y = f (x)= . . Phuong trinh f'(x)+ f"(x)=0 c6 nghiém la
—X
A.x:—L B.X:E. C.x:l. D.x:—é.
2 2 2 2

[1D5-2] Cho ham sé y =sin? 2x gia tri cua biéu thic M =%(y’)2 +6—14(y”)2 bing

A. 1l B. -1. C. 4. D. 3.

[1D5-3] Cho ham s y = X*;‘. Gid trj biéu thue M =2(y')" + (1 y).y" bing

X_

A M =0. B. M =1. C.M=—_. D.M=—2
X+4 (x+4)

[1D5-3] Cho ham s6 y =+/2x—x? . Gié tri biéu thec M = y*.y" +1 béing

A. 2. B.0. C. -1. D. ! :

2X — X°

[1D5-3] Cho ham sb yzéx2 +x+1. Gia tri biéu thic y'* —2y.y" bang

A. 0. B. 2. C. -1. D. 1.

[1D5-3] Cho ham s6 y = xsin x. Gia tri biéu thirc xy —2(y'—sinx)+xy"” bang

A. 1. B.0. C. 2. D. sinx.

[1D5-3] Cho ham s y =x.tanx. Tinh M = x’y"=2(x*+y°)(1+y).

X2

cos? X
[1D5-3] Cho chuyén dong thang xac dinh boi phwong trinh S =t —3t? =9t + 2017 (t tinh bang
gidy va S tinh bang mét). Tinh gia toc khi t =3s.
A. 15 m/s?. B. 9 m/s°. C. 12 m/s?. D. 6 m/s®.
[1D5-3] Cho ham s y =sin 2x —cos2x . Giai phuong trinh y” =0

A. B. 1. C. x> —tan’ x. D. 0.

A x=+Z4K2r1, keZ. B.x=2+kZ kez.
4 8 2

C.X:%+k2ﬂ,keZ D.X:%+kﬂ,keZ.
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Cau 206. [1D5-3] Cho ham s y =3x® —5x* +3x— 2. Giai bat phuong trinh y" <0.
A. xe(-0;1)\{0}. B. xe(L+x). C. xe(-11). D. xe(-2;2).

2
Cau 207. [1D5-3] Cho hamsé y :(m—4)x?+cosx. Tim m saocho y"<0 v&imoi xeR
A. m<3, B. m<2. C. m>3. D. m>3.
Cau 208. [1D5-3] Cho ham s6 y=(2—m)x‘+2x*+2mx*+2m-1. Tim m d¢ phuong trinh y"=0 c6
hai nghi¢m phan biét

A. me —oo;1 U §;+oo \{2}. B. me —oo;E U l;+oo \{2}.
2 2 2 2
C. me —oo;E U —1;+oo \{2}. D. me —oo;l U §;+oo \{2}.
2 2 2 2
~ \ X 3X—2 4 N "
Cau 209. [1D5-3] Cho hamso y = Giai bat phuong trinh y" >0.
—X
A x>1. B. x<1. C. x#1. D. v0 nghiém.
Céau 210. [1D5-3] Cho ham s6 y:( 7 Giai bat phuong trinh y" <0.
X+
A x<-1. B. x>-1. C. x#1. D. v0 nghiém.
Cau 211. [1D5-3] Cho hamsb y = X2+11. Giai phuong trinh y" =0,
X* +
A.x:l;x:li\/g. B.x:l;x:—ZJ_r\/§.
C.x:l;x:—li\/§. D.x:l;x:—34_r\/§.
Cau 212. [1D5-3] Pao ham cip 2018 cuahamsé y =cosx la
A. sinx. B. —sinx. C. cosX. D. —cosx.

Céau 213. [1D5-3] Gia sir h(x) = 5(X+1)3 +4(x+1). Tap nghiém cua phuong trinh h”(x)=0 la

A [-12]. B. (-;0]. C. {-1}. D. &.

Cau 214. [1D5-3] Tinh gia tc tic thoi cua chuyen dong S = f (t)=t>—3t> + 7t —2 tai thoi diem t, =2
bang
A. 6. B.7. C. 7. D. 6.

Cau 215. [1D5-3] Tinh gia téc tuc thoi cia chuyén dong s= f(t)=3sin2t+2cos2t tai thoi diem
T . s
t, =— ban
77 g
A. -12. B.12. C. 20. D. -20.

Céu 216. [1D5-3] Cho ham sé y = . Khido y™ (x) bing
X

n Nl n! n Nl n!
A (-1 . . . C. (-1) .— D. —.
( ) Xn+1 Xn+1 ( ) Xn Xn
Cau 217. [1D5-4] Pao ham cap n, voi ne N” cia ham s y =sinx.
A. y" :sin(x+n7ﬂj. B. y" =nlsinx.

n n n
C. y():cos(x+7ﬂ). D. y"” =nlcosx.
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CAC DPE KIEM TRA CHUONG 4

PE SO | - JFEPT Chucong Mij B, Ha Ngi

I. PHAN TRAC NGHIEM: ( 2,5 diém).

Cau 1.

Cau 2.

Céau 3.

Cau 4.

Cau b.

Cau 6.

Cau 7.

Céau 8.

Cau 9.

Cau 10.

[1D5-1] Cho ham sb f (x) xac dinh trén tap s6 thuc R thoa mén Ii@%:& Két
qua nao sau day dung?
A f'(x)=2. B. f'(2)=3. C. f'(x)=3. D. f'(3)=2.

[1D5-1] Cho ham sb f (X) xac dinh trén tap s6 thuc R, c6 dao ham x =—1. Dinh nghia vé

dao ham nao sau day la dang?

im T T gy g tim TV T@ gy
A !Lml X+1 ( ) X1 x+1 ( )
c.tim MY gy o tim T g,

[1D5-2] Dao ham cia ham s6 y = f (x)=x’+1 tai x=-2 béng:
A. -3. B. -2. C. 4. D. -1.

[1D5-1] Cho hamsé y = f (x) va f'(-1)=2 thi diéu nao sau déy la ding?

A lim(A)=0. B IimZX-2.  cim®*2_5 D lim (Ax+2)=2.

Ax—>-2 Ax—>0 AX Ax—>0 AX +1 Ax—>-1

[1D5-2] Tiép tuyén cua do thi ham so y = x* —3x tai diém M (1;,-2) c6 hé s goc k a:

A k=-1. B. k=1. C.k=-7. D. k=-2.

[1D5-2] Néu tiép tuyén cua d6 thi ham s6 y=x?—-3x (C) c6 tiép tuyén song song véi duong
thang y =3x—10 thi s6 tiép tuyén cia (C)la:

A 3. B.O. C. 2. D. 1.

[1D5-2] Haim s y = x> +2x? +4x+5 c6 dao ham Ia:
A. y=3x"+2x+4. B. y=3x"+4x+4. C.y=3x+2x+4. D.y=3x*+4x+4+5.

[1D5-2] Ham s6 y = X+£—£2 c6 dao ham la:
X X

1 4 1 4 12 1 4
A. Yy :1—?4'?. B. Yy :1+?—F. C. Yy :1—?—F. D. Yy :1—?—F.
. . 1 . s
[1D5-2] Ham so6 y:2x+ﬁ c6 dao ham y'(4) la:
ALl B.2. c. 3 p. 17,
2 2 16 4

[1D5-2] Ham s6 y = 2x* —3x? +5 ¢6 dao ham y' =0 tai cac diém sau day:

A. x=0hoac x=1. B. x=-1hoic x:—g.C. x =1hoac ng' D. x=0.
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Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

[1D5-2] Tim phuong trinh tiép tuyén ctia d6 thi ham sé y = X—*i tai diém A(2;3) la:

A. y=2x-1. B. y:%x+4. C. y=-2x+1. D.y=-2x+7.

[1D5-3] Tiép tuyén cua d6 thi ham s6 y=x*—2x*+m (voi m la tham s6) tai diém c6 hoanh
d6 x, =1 la duong thang c6 phuong trinh:
A . x=m-1. B. y=0. C.y=m-1. D. y=m-3.

[1D5-2] Cho hamsé f(x)=+x+2.Gidtri P=f (2)+(x+2).f'(2) la

(x+2) (x+2) (x+2)
A 2427%) B. 244 C.2 . D. 24+/x+2.
o +2 — L +/X+
[1D5-2] Ham s6 y = (x* 1)’ + = ¢ dao ham la:
X+2
5 2 5
A 1253 (x* —1) + B. 3(x* 1) +
( ) x+2)2 ( ) (x+2)2
3 5
C. 12x3(x* -1 + D. 4x3(x* -1) +
( ) x+2)2 ( ) (x+2)

[1D5-2] Pao ham ciia biéu thire f (x)=(x*-3)Vx* —2x+4 I

A. f’(x):ZX\/x2—2x+4+W. B. f’(x):ZXW.

VX2 =2x+4 VX2 =2x+4
x2—3)
C. f'(x :2x\/x2—2x+4+(—. D.
() 20X2=2x+4
(x—l)(x2—3)
f'(x)=(2x=-3)VxX* = 2x+4 +— 1
b=es) Ny

\ X 1 2 3 2 -y . 2 ' ;. .
[1D5-4] Cho ham sé y:§(m ~1)x° +(m-1)x* —2x+1. Gid tri m dé y'—2x—2>0 véi moi
X thuéc R.
A. (—o0;-1); (L +0). B. (0%) C. Khéng tontai m . D. (—1;0);(%;1].

[1D5-3] Cho hamsé f (x)=x*—3x*+2. Nghiém cua bt phuong trinh f'(x) >0 la:
A. (0;2). B. (—;0). C. (2;+x). D. (—o0;0)U(2;+).

[1D5-2] Hams6 f (x)=sin3x c6 dao ham f'(x) Ia:

A. 3c0s3x. B. cos3x. C. —3c0s3x. D. —cos3x.
[1D5-2] Pao ham cua ham sd y =3sinx—-5cosx la:

A. y'=3cosx-5sinx. B. y'=-3cosx—-5sinx.

C. y'=-3cosx+5sinx. D. y'=3cosx+5sinx.

[1D5-2] Pao ham cua ham sd y = cos X —sin X+ 2x 1a:
A. sinXx—Ccosx+2. B. —sinx+cosx+2. C. —sinx—cosx+2x. D. —sinx—cosx+2.
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Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

[1D5-2] Tinh f’(ﬁj bidt  (x) = —X
2 1+sinx
A 0. B. —i. C.l. D. 2.
2 2
[1D5-2] Pao ham cua ham s6 y = xcot x a:
A. cotX————. B. cotX+— C. cotx————. D. cotx+ X2 :
sin® sin® X cos” X cos’ x

[1D5-2] Pao ham ciia ham s6 y =+/1+2tanx Ia:
1 , 1

Ay = : B.y= :
Y cos? xi+ 2tan x Y Sin? i+ 2tanx
C.y= 1+2tanx D. y'= 1
2J1+2tanx T 2J1+2tanx
[1D5-4] Cho ham s6 f (x)=2cos® (4x—1). Mién gié tri ciia f'(x) la:
A 2<f'(x)<2. B. 4<f'(x)<4. C.-8<f'(x)<8. D.-16<f'(x)<16.

[1D5-4] Cho ham s y = cos? 2x . S6 nghiém cta phuong trinh y' =0 trén [0;%} la:

A 4. B. 3. C. 2. D. V6 sb nghiém.

PE SO 2 - JFCPT Fboing Vin Thu , Hoa Binh

I. PHAN TRAC NGHIEM ( 7 diém)

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau b.

Cau 6.

[1D5-1] S6 gia ciia ham so f (x)=x* -1 biét x, =1 va Ax=1la
A 2. B. 3. C. 4. D. 5.

[1D5-1] Pao ham cua ham sé y = x° —4x* — x2 +§ la

A. 5x* —12x2—2x+%. B. 5x° —12x2+2x+%.
4 2 1 4 2 1
C. 5x" -12x —2x+5. D. 5x" +12x _2X+Z'
[1D5-2] Nghiém ctia bat phuong trinh f'(x) >0 véi f(x)=x>-2x*+5 la
A.x>gvx<0. B.0<x<g. C.x>ﬂvx<0. D.0<x<ﬂ.
3 3 3 3
N e , X N z X2+X .42 R
[1D5-2] Phuong trinh tiép cuia do thi ham so y = ) tai diém A(l; —2) la
X_
A. y=5x+3. B. -2. C.y=9x+7. D. y=9x-7.

[1D5-2] Tiép tuyén voi dd thi ham so y =x° —3x* +2 tai diém (-1-2) la
A 9. B. y=-5x+3. C. y=3x+5. D. y=-5x+7.
[1D5-3] Mot vat roi tu do theo phuong trinh s = % gt*(m) véi g = 9,8(m/52) . Vian tdc tic thoi

clia vAt tai thoi diém t=5(s) Ia
A. 122,5(m/s). B. 29,5(m/s). C. 10(mis). D. 49(m/s).
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Cau 7.

Céau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

[1D5-3] Cho ham sb y = (x—2)vx* +1 . Khi do:

N y’:i. . y:2x2—2x+l. c. y:_2X+1. y y:2x2—2x+l.
2% +1 JxE +1 x* +1 2Ux% +1

[1D5-3] Dao ham ciia ham s§ y=(1-2x°)" Ia

A. 10 (1-2x°) . B. ~60x°(1-2x°) .

C. -6x*(1-2x°). D. —60x%(1-2x°)’.

. .z . PN . 1 o .
[1D5-3] Phuong trinh tiép tuyén ctia do thi ham so y = EXZ —2x+1 biét tiép tuyén song song

V6i duong thang y =2x+3 1A
A y=2x-T7. B.y=-2x+7. C. y=3x+5. D. y=2x+5.

[1D5-4] Cho ham s y =x*+1. Hai diém A(0,5;1,25) va B(0,5+Ax;1,25+ Ay) thude do thi
ham sb. Hé s goc cua cat tuyén AB véi Ax=15 Ia
A 2. B. 2,5. C. 3,5. D. 5.

1D5-3] Cho ham sé f (X)= - x* +4x2 —5x—17 . Goi X, X, la hai nghiém ctia phuong trinh
3 X, %

f'(x)=0 thi X, +X, c6 gia tri bang
A.5. B. 8. C. -5. D. -8.

[1D5-3] Cho y = x++/x? —2 tacé L bing
y

A1 B.1
X2 -2
c. 1 D. Xt 2
X+X2 =2
[1D5-3] Tiép tuyén véi d6 thi ham so f (x)= > tai diém c6 hoanh do X, =3 c6 hé s6 goc
X_
£
A. 5. B. 5. C.2. D. 3.
[1D5-3] Cho f(x)=sin?x—cos?x+x khidé f'(x) bing
A. 1-sinX.cosX. B.1-2sin2x.
C.1+2sin2x. D. -1-2sin2x.

I1. TU LUAN (3 diém)

Cau 15.

Cau 16.

Tinh dao ham cuia cac ham sb sau:

1)[1D5-1] y =2x° —§x3 - X2,

2)[1D5-2] y = xsin2x+~/x*+3
[1D5-3] Cho ham s6 y=x>-3x*+2 c6 do thi (C). Viét phuong trinh tiép tuyén véi do thi

(C). Biét tiép tuyén vudng goc v6i dudng thang d 6 phuong trinh: y = 3¥ +5.
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PE SO 3 - THPT Vinh Lic, Hué

| - Phan triac nghiém.

Cau 1.

Cau 2.

Céau 3.

Cau 4.

Cau b.

Cau 6.

Cau 7.

Céau 8.

Cau 9.

Cau 10.

[1D5-1] Tinh dao ham cta ham s y = cot 2x .
2 2

' —2 ' 2
——. B.y=—5—.
SIn” X SIn™ X

= . D == .
sin® 2x y sin® 2x
[1D5-2] Tinh dao ham ciia ham s6 y = 2sin 2x —3cot 2x.

Ay = C.y

A. y' =4c0s2x— . B. y'=4cos2x+ .
y sin® 2x y sin? 2x
C. y'=4c0s2x— . D. y'=4c0s2x + )
y sin® 2x y sin? 2x
[1D5-2] Tinh dao ham ctia hdm s y =+/tan 4x—4x .
2 2 2|tan 4x
Ay o 2tandx By 2ntdx o fan’dx | |

~ Jendx—ax y ~ Jendx—ax y ~ Jendx—ax y ~ Jandx—4x

[1D5-2] Viét phuong trinh tiép tuyén cua do thi ham s6 f (x) =—x*+5 tai diém M co tung do
Y, =—1 va hoanh d¢ x, <O0.

A y:2\/6(x+\/6)+1. B. y:2\/6(x+\/6)—1.
C. y:—2\/6(x+\/6)—1. D. yzzx/é(x—\/é)+l.

[1D5-3] Cho hams6 y = xcosx . Biét rang xy’ = y(k —xtan x) véi moi x¢%+kn(k €Z).

Timgiatricua k .

A k=2. B. k=0. C. k=-1. D. k=1.
[1D5-1] Tinh dao ham cta ham s y = cos 2x.
A. y' =-sin2x. B. y'=2sin2x. C. y'=sin2x. D. y'=-2sin2x.

[1D5-2] Tinh dao ham caa ham 6 y = (5-7x)".
A y'=20(5-7x)’. B.y'=4(5-7x)’. C.y'=28(7x-5)'. D.y =28(5-7x)".

[1D5-3] Cho ham sb f (x)=x*-2x>+mx—3.Tim m dé f "(x) bang binh phuong clia mot
nhi thirc bac nhat.

A. m :ﬂ. B. m :ﬂ.

3 9
C. m=4. D. Khéng c6 gié tri nao.
[1D5-1] Tai moi X duong. Tinh dao ham ciia ham sé y =~/x .

’ 1 ’ 1 ’ ’

[1D5-1] Tim phuong trinh tiép tuyén ctia do thi (C) cia hamsé y = f (x) tai diém

Mo (%o; f (%))

A y—y,=f'(%)X, trong do y, = f (). B. y+x,=f"(%)(X=%)-
C.y=1f"(%)(x=X). D. y—Yy,=f'(X)(X=%,), trong d6 y, = f (X,).
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Cau 11. [1D5-1] Tinh dao ham cia ham sé y = —2x* +3x* - x+ 2.
Ay =-8x*+9x* 1. B. y'=-16x>+9x-1.
C.y =-8x*+27x*-1. D. y' =-8x>+9x-1.

Cau 12. [1D5-2] Cho hamsé y = CSX_ Tinh y( j
1-sinx 6

T T T T
A. v|=|=1. B.y|=|=0. C.y|l=|=2. D. v|=|=-2.
y(ej y(Gj y(Gj y(ej

Cau 13. [1D5-1] Tinh dao ham cua ham sé y = tan4x.
4
. C.y= .
cos’ 4x Y = cos ax

A. y'=1+tan®4x. B.y=- D. y'=4(1+tan’ 4x).

Cau 14. [1D5-2] Viét phuong trinh tiép tuyén cia d6 thi ham sé f (x)=x*+5 tai diém M 6 hoanh d¢
X, =-1.

A. y=2(x-1)+6. B. y=-2(x+1)-6. C.y=-2(x+1)+6. D.y=-2(x-1)+6.
Cau 15. [1D5-1] Chon ménh d& ding trong c4c ménh dé dudi day.

A Hamsé y=f (x) co dao ham tai x, khi va chi khi ham s6 nay lién tyc tai diém do.

B. Néu ham s

f (x) c6 dao ham tai x, thi n6 lién tuc tai diem do.
f (x) khong lién tuc tai X, thi nd van c6 thé c6 dao ham tai diém do.
f

D. Néu ham sb

y
C. Néuhamsb y
y=f(x) lién tuc tai X, thi c6 dao ham tai diém do.

Cau 16. [1D5-2] Tinh dao ham ctia ham s y = i—iz.
Jx o x
-1 2 2 -1 2 -1 2
Ay=—r-=. B. Y Z. C.y-= +—=. D.y=——+=.
PN V= 2X\/_ < T TRRTR PN

Cau 17. [1D5-1] Tai moi x € R. Tinh dao ham ctia ham s6 y = X" (n eN,n >l) :
A. (x”)’ =nx"". B. (x”)’ =x"1. C. (x”)’ =nx". D. (x”)’ =n.X.
Cau 18. [1D5-1] Cho hamsé u=u(X) c6 dao hamtrén (a;b). Tinh dao ham ciia ham y =sinu.
A. y'=u'cosu. B. y'=ucosu. C. y'=-u'cosu. D. y'=-ucosu.
Cau 19. [1D5-2] Tinhsé gia Ay cuahamso f(x)=x tai x, =1, véi gia thiét Ax 1a sb gia cua déi sb
tai X, .
A. Ay =1+ AX—X. B. Ay =1+AX. C. Ay =X+ AX. D. Ay =AX.
Cau 20. [1D5-3] Cho hamsé y =4x*-3x c6 do thi (C). Tim m dé dudng thang (d):y =mx-1 tiép
xtc véi (C).
A. m=0. B. m=-6. C.m=2. D. m=-3.
I1 - Phan ty luan
Bai1:  [1D5-2] Viét phuong trinh tiép tuyén véi dd thi (C) ciahamso y = f (x)=x>-2x*+3 tai
diém c6 hoanh do x, =1.
X2 (),

V1-x

Bai2:  [1D5-3] Tinh dao ham cia hamsé y = f (x) =
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PESO 4 - THPT Nho Quan A, Ninh Binh

I. PHAN TRAC NGHIEM

Cau 1.

Cau 2.

Céau 3.

Cau 4.

Cau b.

Cau 6.

Cau 7.

Céau 8.

Cau 9.

Cau 10.

[1D5-2] Tiép tuyen voi do thi ham so f () = 1 tai diém c6 hoanh d§ x, =—1 c6 h¢ so goc

la
A. 1. B. -2. C. 2. D. 1.

N 1 : .
[1D5-2] Mot vat roi tu do theo phuong trinh s :Egtz(m), véi g :9,8(m/52). Van toc tic

thoi clia vat tai thoi diém t=5(s) 1a

A. 122,5(m/s). B. 29,5(m/s). C. 10(mis). D. 49(m/s).
2_ —
[1D5-2] Ham $6 nao sau ddy co dao ham Ia % :
X_
2 2 2 2
A.y:X +4x+9. B.y:X +6x+5. C.y:X +6x+9. D.y:X 6x+9.
x—1 x-1 x—1 x—1

3 2

[1D5-2] Cho f(x)= %+?+ X . Tap nghiém cua bat phuong trinh f'(x) <0 la
A. [-22]. B.J. C. (0;+). D.R.

3
[1D5-2] Phuong trinh tiép tuyén ctiia do ham so6 y :—3 —2x% +3x+1, biét tiép tuyén song song

V6i dudng thang d 1y =8x+2.

2 1 7
A. y=8x+—, y=8x. B. y=8x+—, y=8x——.
y 3 y y 3 y 3
11 97 1 11 1 97
C. y=8x+—, y=8x——. D.y=—X+—, y=—X——.
y 3 y 3 y 8 3 y 8 3
[1D5-2] Tinh dao ham cia ham sé y:x—+g.
X+
. 32. B. 152. C. - 152. D. - 32.
(x+9) (x+9) (x+9) (x+9)
[1D5-2] Cho f(x)=sin?x—cos’ x+x.Khidé f'(x) bing
A. 1-2sin2x. B. 1-sin x.cosx. C. 1+2sin2x. D. -1-2sin2x.
[1D5-2] Pao ham ciia ham s y =+/sin3x la biéu thirc ndo sau day?
A c0s 3X B 3c0s 3X C _ C0S3X D _ 3c0s3x
" 2sin3x " 24sin3x "~ 24sin3x "~ 24sin3x

[1D5-2] Phuong trinh tiép tuyén ctia d6 thi ham s6 y = f (x)=x" tai diém c6 hoanh do bang

-11a
A. y=-4x-3. B. y=—4x-4. C. y=-4x-5. D. y=-4x+5.

[1D5-2] Cho y = x++/x*+1. Taco l, bang
y

A—F B ———. C.1. D. VX +1.

X+ +1 NN
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2
Cau 11. [1D5-2] Cho ham s y:( ax+l ] . Chon ra cau tra 101 dung:
VX242
4x+1 8+ X 4x+1 | 8-x
A y=2 : B.y=2 :
(\/x2+2](x2+2)\/x2+2 [\/x2+2]><2+2
4x+1 | 8-x 4x+1 8—x
C.y=2 . D. y’:Z( ] :
{\/x2+2]\/x2+2 X242 (x2+2)\/x2+2
Cau 12. [1D5-2] Sb gia Ay clia hamso y = x* +2x tai diém x, =1 Ia
A. A’X+4AX. B. A*X—2AX. C. A’X—4AX. D. A’X+2Ax-3.
Cau 13. [1D5-2] Pao ham ctia ham sé y =tan x:
1
A ——. B. 12. C. _12. D. - 12.
sin® x COS” X sin® x COS” X

Il. PHAN TU LUAN
Bail. Tinh dao ham cua cac ham s sau:

a) [1D5-1] y:2x5—§x3—x2.
b) [1D5-1] y = Xxsin2x+~/x*+3.
Bai2. [1D5-2] Cho hamso y= gxs —3x. Viét phuong trinh tiep tuyén cua do thi (C) cua ham so bict

tiép tuyén vudng goc véi dudng thang (d):y =-x+2017.

PESO 5 - THPT Nguyén Trung Truc, Binh Pinh

I. PHAN TRAC NGHIEM
Caul. [1D5-2] Chohamso f(x)=x*+2x*—3. Tép céc gid tricua x dé f'(x)>0 la
A. {0}. B. (-10). C. (0;+00). D. (—o0;-1).
Cau 2. [1D5-2] Cho hamsé y = cos2x . Ménh dé nao duéi day dung?
A. dy =sin2xdx. B. dy = 2sin2xdx . C. dy=-2sin2xdx. D. dy=-sin2xdx.

Cau3. [1D5-2] Pao ham cia ham sé y =sin’X tai X, :% bing

A 0. B. 1. c. -1 p. L.
2 2
Cau 4. [1D5-2] Pao ham cip 2 ctia ham s6 y = cos X tai x, =0 bang
Al B.Z. C.0. D. 1.
2
Cau 5. [1D5-2] Pao ham cia ham sé y = _1 tai x, = 2 bang
X+
AL B L C. 3. D. 1.
9 3
Cau 6. [1D5-2] Voimoi x dé cac ham sé dudi day xac dinh, ménh dé ndo sai?
' 1 . ' ' . ' 1
A. (tanx) = . B. (sinX) =cosX. C. (cosx) =sinx. D. (cotx) =-— .
(tanx) =——.  B.(sinx) (cos) (cotx) = ———
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Cau7. [1D5-2] Pao ham ciia hamsd y=+/1+x tai x, =3 bang

1 1 1
A =, B. —. C. 2. D. =.
4 242 2
Cau 8. [1D5-2] Cho ham s6 f(x):n. Hé s6 goc cua tiép tuyén ciia d6 thi ham sb tai diém
+
M (0;1) bing
A 2. B. 1. C.0. D. —1.

Cau 9. [1D5-2] Pao ham cia ham sé y = xcosx 1a
A. —sinx. B. cosx—xsinx. C. cosx+ Xxsinx. D. xsinx.

Cau 10. [1D5-2] Pao ham cta ham s6 y = x* +2x tai x, = -1 bang

A. 0. B. -1. C. 5. D. -3.
A X Y 2x-1 .,
Céau 11. [1D5-2] bao ham ctia hamso y = la
3X+2
-5 7 5 -7
Ay =————. B.y=——. C.y=——->. D.y=——.
(3x+2) (3x+2) (3x+2) (3x+2)
Cau 12. [1D5-3] Phuong trinh tiép tuyén ctia do thi ham so y = x* -2 tai diem A(L-1) la
A y=2x-3. B. y=2x-1. C. y=3-2x. D. y=2x+3.
I1. PHAN TU LUAN

Cau 13. [1D5-3] Cho ham s6 y=x*-2x*-3 ¢6 do thi (C). Viét phuong trinh tiép tuyén cua do thi
(C) tai diém c6 hoanh do X, = 2.

Cau 14. [1D5-3] Cho hai ham s6 f(x)=2x*-3x-5 va g(x)=3x>-3x+4. Gidi bat phuong trinh

fr(x)<g'(x).

PE SO 6 - THPT Nguyén Khuyén, Binh Phuddc

I. PHAN TRAC NGHIEM

Caul. [1D5-1] Cho hamsb: y =4—X1. Khi d6 s6 gia Ay ctia ham s6 tai x, =3 la:
X+
_ax B. _2&% c. 228x D. 1.
4+ AX 4+ AX 4+ AX

Cau 2. [1D5-3] Cho ham sb

x> —ax+2b, x>1 . . . o
f(x)—{ . Giatricia a,bde f(x) co dao hamtai x =1

- ax’ —2bx, x<1
1

A. a=—§;b=1. B. a=%;b:1. C. a:%;bzo. D. Khéng c6.

Cau 3. [1D5-2] Mot doan tau hoa roi ga, chuyén dong nhanh dan déu véi gia tée 0,1m/ s?( bo qua sirc
can cua khong khi). Van tdc tirc thoi tai thoi diém tau da di duoc dang 500m 1a:
A.10(m/s). B.15(m/s). C.12(m/s). D. 20(m/s).
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Cau 4.

Cau 5.

Cau 6.

Cau 7.

Céau 8.

Céau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

[1D5-1] Ham sb ¢6 dao ham bang 2x+i2 la:
X

3_ 3 _ 3(x*+x 2y _
A X1 p X¥sx-1 3 b, 2C+x-1
X ’ X ‘ X X
[1D5-3] Cho ham s6 y = tan x. Hay tim ménh dé dang:
A y?-y+1=0. B.y-y*+1=0. C.y-y*-1=0. D. y?-y-1=0.
[1D5-1] Cho ham s y =+/x? —4x+5 . Pao ham ciia ham s6 Y’ bang:
A X—4 D 2x—4

1 X—2
[1D5-1] Cho hamsb y = (2X+3)10 . Pao ham caa ham s Yy’ bang:
A. 30(2x+3)’. B. 10(2x+3)". C. 10(2x+3)’. D. 20(2x+3)’.
[1D5-2] Cho ham s y = cos® 2x . Pao ham ciia ham sé Y’ bang:
A. —3cos’2x.sin2x.  B. 3cos’2x.sin2x.  C. 6cos’2x.sin2x.  D. —6cos” 2x.sin 2X.

3
[1D5-1] Tiép tuyén ctia dd thi ham sb y:%+3x2—2 06 hé s6 goc k =9, Ia:
A. y+16=-9(x+3). B.y-16=-9(x-3). C. y-16=-9(x+3). D. y=-9(x+3).

[1D5-1] Hé sb goc cuia tiép tuyén ctia @6 thi ham sd y = x-1 tai diem A(L2) bang:

X+1
A -2, B. 1. c.t D. -1.
2 2
[1D5-4] Toa d6 diém M trén dd thi ham s vy =i1 sao cho tiép tuyén tai d6 cling vai cac
X —

truc toa do tao thanh mot tam giac c6 dién tich bang 2 Ia:

A. l;—ﬂ . B. —1;—ﬂ . C. E;—4 . D. —E;—ﬂ .
4 4 5 4 4 7

[1D5-3] Cho ham s y = x* —6x? —15x + 2. Giai bat phwong trinh Y’ <0 ta c6 nghiém:

A.1l<x<5. B. 5<x<-1. C. 5<x<l1. D. -1<x<5.

[1D5-3] Cho ham s y =sinx+cos X . Tap nghiém cua phuong trinh y'=0 &:

A. {—%+kﬂ,k€2}. B. {%-ﬁ-kZﬂ,’,kEZ}. C. {%+kﬂ,’,k€2}. D. {—%+k2ﬂ,’,k€2}.

[1D5-3] Cho ham s6 y = x* —4x+3. Néu tiép tuyén ctia d6 thi ham s tai diém M song song
voi duong thang: —8x+Yy—2017=0. Thihoanh do x, cia diém M Ia
A X, =-1. B. x, =5. C. x, =12. D. x,=6.

Il. PHAN TU LUAN

Cau 15.

Cau 16.

Cau 17.

[1D5-2] Tinh dao ham cac ham sb sau:
4
a. y:%—%— 2x +2017. b. y:(2—x2)c053x+3x.sin3x.
X

[1D5-2] Viét phuong trinh tiép tuyén cia do thi ham s6 y = f (x)= 2—X1 tai diém c6 tung do
X+
bang 4.

[1D5-3] Cho hai ham s6 f(x)=+v2x*-3x-2 va g(x)=§x3—gx2. Hay giai bat phuong

trinh: M >0.

g'(x)
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