DAY TOAN THCS VA THPT PE KIFM TRA GIUA KI 1-TOAN 12

(Thdy Diing, DT:0943037206) Thoi gian lam bai: 90 phuit
Ma dé 2G101
Cau 1.
Cho ham s6 y = f(x) c6 bang x | —o0 -1 0 1 +00
bién thién nhu sau. Ham s& | f’(x) I 0 _ 0 n 0 _

da cho dong bién trén khoang

N ERPIN - B
e
—oo —2 -

C.(-1;0). D.(;1).

Cau 2.
Cho ham sd y = ax® + bx> + cx + d(a, b, ¢, d € R) c¢6 dd thi nhu hinh vé. S6 y
diém cuc tri ciia ham sb da cho 1a
A.3. B. 0. c.2. D. 1. /

/0\/;;

Cau 3. Gia tri 16n nhat M ctia ham sd y = x* — 2x? + 3 trén doan [O; \/§] 1a

A.M=6. B. M =09. C.M=1 D. M =83,
Cau 4. Gi4 tri nhd nhit ctia ham s6 y = 8x% — x* trén doan [—1; 3] bang

A.7. B. —11. C.-9. D. 0.

2 2 . 2 f—-m-2 < N
Cau 5. Gia tri nho nhat cua tham so thuc m dé ham so y = GLZ dong bién trén khoang (ln %; O) gan
ef—m

nhét v6i s6 nao sau day?

A. 0,03. B. -0, 45. C.-1,01. D. 1.

) . 2 1
Cau 6. Tim gid tri nhd nhit m ctia ham sd y = x? + = trén doan [5, 2].
X

17
A.m=5. B.m:Z. C.m=3. D.m = 10.
2 .. 5 . £ 2 -3x—4
Cau 7. Tim so ti€m can ding cua do thi ham so y = %
x j—
A. 2. B. 3. C.O0. D. 1.
Cau 8. Do thi ham s nao sau diy c6 ba dudng tiém cin?
1-2x X 1 x+3
A.y= . B.y=———. C.y= . D.y= .
YT T+ x YT 2 x+9 M Y5
) S ) 2x — 2019
Cau 9. Tim sb tiém can ctia db thi ham sb y = x—l
x_

A. 3. B. 2. C.0. D. 1. y
Cau 10. o
Do thi nhu hinh bén 12 d6 thi cia ham sb nao sau day?

Ay=—x*-2x2+2. B.y=x-2x+2.

C.y=—x*+2x*+2. D.y=x*+2x-2.

Cau 11. Sb giao diém clia d6 thi ham sy = x> + 3x® + 1 va dudng thang y = x + 1 1a
A. 3. B. 4. C.2. D. 1.
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Vx+1

I
(X2 =5x+6)V4—x y
A.[-1;4). B. [-1;4)\ {2;3}. C.(-1;4)\{2;3}. D. (-1;4]\{2;3}.

Cau 13. S6 hinh da dién 13i trong c4c hinh duéi day 1a

=N

Cau 12. Tap x4c dinh cia ham s6 y =

A. 3. B. 1. D.2
Cau 14. Cho mot hinh da dién. Ménh dé nao sau day sai?
A. Mbi dinh 1a dinh chung cta it nhat ba mit. B. Méi dinh 1a dinh chung cta it nhét ba canh.
C. Mi canh la canh chung ctia it nhat ba miit. D. Mbi canh 1a canh chung cta diing hai mit.
Cau 15. S6 dinh ctia hinh mudi hai mit déu la
A. 12. B. 16. C. 20. D. 30.
Cau 16. S6 mit phang dbi xiing ctia khdi tif dién déu la
A. 1. B. 2. C.6. D. 4.
Cau 17. Thé tich ctia khdi chdp c6 chiéu cao bang 4 va dién tich ddy bang B 1a
1 1 1
AV = gBh. B.V= th. C.V = Bh. D.V = gBh.
Ciu 18. Trong cic ham sb sau, ham nao dong bién trén R ?
Ay=x—x B.y=x+x C.y=x*+2x D.y=x>+1.
Cau 19.
Cho ham sb y = f(x) c6 d6 thi nhu hinh vé bén. Him s6 dong bién trén y
khoang ‘ 3
A. (-2;0). B. (-2;-1). C.(-1;0). D. (0; 2). | 1
2| Y
-1 o \V x
SeeeooteS
Cau 20. Tinh gid tri cuc tiéu ycr clia ham s6 y = x* — 2x? + 3.
A. Ycr = 1. B. Yecr = 2. C. Ycr = 3. D. Yecr = —-1.
o C L4 1
Cau 21. Tim diém cuc dai clia ham s6 y = Ex“ - 2x* = 3.
A. xcp = 0. B. xcp = — \/E C. Xcp = \/E D. xcp =+ \/5
Cau 22. Hiéu sb giita gia tri cuc dai va gia tri cuc tifu claham sy = x> —=3x> + 4 1a
A. -4, B. 2. C.2. D. 4.
Cau 23. Tim tit ca cic gid tri thuc cia m d€ ham sd y = mx® + x> + (m2 —~ 6) x+ 1 dat cuc tiéu tai x = 1.
A.m=-4. B. Khong c6 m thda dé bai.

C.m=1. D.m=1vm=-4.
. 2 1 o .
Cau 24. Tim gid tri thuc cia m d€ hAm s y = §x3 —mx> + (m2 — 4) x + 3 dat cuc tiéu tai x = 3.
A.m=-T7. B.m=5. C.m=1. D.m=-1.
Cau 25. Choham sby = ® =22 +ax+b (a, b € R) ¢6 db thi (C). Bibt b thi (C) ¢6 diém cuc tri 1a A1 3).

Tinh gia tri cia P = 7a + 8b + 84ab.
A. P =282. B. P = 281. C. P =283. D. P = 280.
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Vix2+x+1

Cau 26. D6 thi haim s6 y = —————— ¢ bao nhiéu dudng tiém cin ding va dudng tiém cin ngang?
V2x—-1-x
A. 4. B. 1. C.2. D. 3.
< N . V 9-3
Cau 27. S6 tiém can ding cia db thi ham s6 y = x2—+ Ia
X2+ X
A. 1. B. 0. C. 3. D. 2.

Cau 28. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh chit nhét; AS AB déu canh a nim trong mit phang
vudng géc véi (ABCD). Biét SC tao v6i (ABCD) mot géc bang 30°. Tinh thé tich V ctia khéi chép
S.ABCD.

3 3 3 3
A.v:“;/g. B.v:“f. c.v:“g/g. D.v:“g/g.

Cau 29. Cho hinh hop chit nhat ABCD.A’B'C'D’ ¢c6 AB = 2 cm, AD = 3 cm, AA’ = 7 cm. Tinh thé€ tich
khdi hop ABCD.A’B'C'D’.

A. 12 cm’. B. 24 cm’. C. 42 cm’. D. 36 cm®.
Céu 30. Cho khdi chép S.ABCD c6 ddy 1a hinh chit nhat. Biét AC = 2AB = 2a, SA vudng goc véi day,
SA = a V2. Thé tich khéi chép S.ABCD 1a

3415 345 36
A2 UAL) C. a* V6. p, LYo
3 3 3
Cau 31. Mot ling tru c6 tdng dién tich hai ddy 1a S va thé tich bang V. Khi d6 chiéu cao clia ling tru
bing
3V 2V Vv vV
A, —. B. —. C. —. D. —.
S S 28 S

Cau 32. Cho hinh chép S.ABC ddy 1a tam gidc vudng tai B, canh bén SA L (ABC). Biét SA = 3a,AB =
2a, BC = a. Tinh thé tich V ctia khbi chép S.ABC.

AV =24 B.V=d. C.V =4d. D.V =34’
Cau 33. Ling tru tam giac déu c6 do dai tit ca cac canh bang 3. Thé tich khéi lang tru di cho bing
27V3 27
VAL ALY EAL) WEALY
2 4 2 4

Cau 34. Cho khéi chép tif gide déu c6 canh ddy bang a, canh bén gap hai 1an canh ddy. Tinh thé tich V cia

khdi chép da cho.

1443 2a° 1443 2a°
NRTAR L By Y2 c.v = Y p.v= Y2
6 6 2 2

Cau 35.

Do thi sau day 12 ctia ham s6 nao? Y
Ay=—x*+2x2-1. B.y=—x"+2x*+1. Nol 7
C.y=-2x*+4x*-1. D.y=x*-2x-1. Q /1\ ¢

Y

Cau 36.

Cho ham sb6 y = f(x) x4c dinh va lién tuc trén R va c6 dd thi ham sy = f'(x) 1a g

dudng cong trong hinh bén. Ménh dé nao dudi day ding?
A.Ham s6 y = f(x) nghich bién trén khodng (0; 2).
B. Ham s6 y = f(x) dong bién trén khoang (1;2).
C.Ham s y = f(x) nghich bién trén khoang (—1; 1).
D. Ham s6 y = f(x) dong bién trén khoang (-2; 1).

=2 o 2 X

-3

Cau 37. Cho ham s6 y = (x — m)> — 3x + m*(C,,). Biét rang diém M(a; b) 1a diém cuc dai cta (C,,) ung
v6i mot gia tri m thich hdp dong thdi 1a diém cuc tiéu cia (C,,) ting v6i mot gid tri khac ctia m. Tinh téng
S =2018a + 20200b.

A.S =12504. B. S =504. C.S =-504. D. S = 5004.
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Cau 38. Tim gid tri thuc clia tham s6 a d€ ham s f(x) = —x> —3x” +a c6 gi4 tri nho nhét trén doan [—1; 1]
bing 0.
A.a=0. B.a=6. C.a=2. D.a =4.
Cau 39. Mot soi day kim loai dai 1 m dudc cat thanh hai doan. Poan day thi nhit c6 do dai /, ubn thanh
. ) L o .
hinh vudng, doan day thi hai ¢6 do dai [, uon thanh dudng tron. Tinh ty sO k = l—l dé tong dién tich hinh

2
vuong va hinh tron 1a nhé nhat.

1 1 n 4

k = . B.k=—. C.k=-. D.k=-.
24 + ) 2 4 n
x+1

Cau 40. Tim tit ca cdc gid tri thuc cia tham s6 m sao cho dd thi ham s6 y = c6 ding mot

N X =3x2-m
tiém can dung
m>0 m>0 m >0

. . B. meR. . . . .
m< -4 m< —4 m< —4

Cau 41. Cho hinh chép S.ABCD c6 ddy 1a hinh vudng canh a, S A vudng géc véi ddy, SA = a V2. Mot mit
phang di qua A vudng géc véi SC cat SB, SC, S D lan luot tai B’, C’, D'. Thé tich khéi chép S.A’B'C’'D’
la
342 2a° V3 2a° V2 2a° V3
IR L) By 22V cv 2V p.v=22Y
9 3 3 9
Cau 42. Cho khdi chép ti gidc déu S.ABCD. Goi M 1a trung diém cta S C, mit phang (P) chita AM va
song song v6i BD chia khdi chép thanh 2 khéi da dién. Dit V; 1a thé tich khdi da dién c6 chia dinh S va V,
. .. e 2 VI
1a thé tich khoi da dién c6 chia day. Ti so 71 bang
2
AD o) BV -2 AR D3
Va V, 3 Vo, 2 v, 2

Céu 43. Cho khbi chép S.ABCD c6 day 1a hinh vuong canh a, SA vudng géc véi ddy va S C tao v6i miit
phang (S AB) mdt géc 30°. Tinh thé tich V ctia khdi chép di cho.

63 23 23
Ay = Yoo B.v=22 C.V = V24 .y Y2
3 3 3
Cau 44.
y

Cho ham s y = £(x). Ham s6 y = f(x) ¢6 dd thi nhu hinh dudi day. Ham
s6 y = f(x — x*) nghich bién trén khoang nao?

S N R S P \

o 1 2 X

Cau 45. C6 bao nhiéu gia tri nguyén ctia tham sé m d€ ham sdy = x® + (m — 3) x° — (m2 - 9) x* + 1 dat cuc
ti€utaix=0?

A. 4. B. Vo sb. C.o. D.7.
Cau 46. Chohamsdy = 2xx-:_11 ¢6 do thi (C). Goi A(x;;y1), B(x2;y,) 12 hai diém phan biét thudc (C) sao
cho tiép tuyén ctia (C) tai A va B song song véi nhau. P9 dai nhd nhét ctia doan AB bing

A.h:%z. B.h:#. C.h= V2. D.h= 3.
Cau 47. S6 duong tiém can ciia db thi ham sb y = ——~— 1 Iz

A.2. B. 3. éfl-i-.x-i_z D. 0.

Céu 48. C6 bao nhiéu gia tri nguyén ctia m d€ dd thi ham s6 y = x* — 3x% + 1 cit dudng thang y = m tai 3
diém phan biét?
A.2. B. 1. C. 4. D. 3.
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Cau 49. C6 bao nhiéu gia tri nguyén ctia tham sé6 m dé& dudng thang y = m(x — 4) cit do thi ham sd
y = (x* = 1)(x* - 9) tai bdn diém phan biét?
A. 3. B. 7. C.5. D. 1.

Cau 50. Cho ling tru tam gidc déu ABC.A’B’C’ c6 tit ca cdc canh bing a, goi M, N 1an ludt 1a trung diém
clia cdc canh AA’ v AB. Khoang cich gilta hai dudng thang MN va B'C bing
3v5 35 25 25

A2 B. 24, A D. 22,
5 ¢ 10 ¢ €754 5 ¢
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DAY TOAN THCS VA THPT PE KIEM TRA GIUA KI 1-TOAN 12
(Thdy Diing, DT:0943037206) Thoi gian lam bai: 90 phuit

Ma dé 2G102

Cau 1. Ham s6 y = 2x* + 1 dong bién trén khodng
1 1
A. (—5; +oo). B. (—oo; _E) C. (—00;0). D. (0; +00).

Cau 2. Him sdy = x* + 2(m — 2)x* + m®> — 2m + 3 c6 diing mot diém cuc tri thi gid tri cia m 1a
A.m>2. B.m < 2. C.m=2. D.m > 2.

Cau 3. Tim gid tri nhd nhit ctia ham s6 y =

A. —%. B. -5. C. -6. D. 2.

3 trén doan [-2; 0].

A - LN X N .z . 2> A N .z . 2, A > N A X 3 A
Cau 4. Ki hi€u m, M lan lugt 1a gia tri nho nhat va gia tri 16n nhat cua ham so y = S trén doan [1;4].

Tinh gia tri biéu thic d = M — m.

A.d=4. B. d =3. C.d=5. D.d =2.
Cau 5. Gid tri 16n nhit ctia ham s& y = V5 — 4x trén doan [—1; 1] bang
A. 1. B. 3. C.0. D. 9.

Cau 6. Cho ham sdy = x* — 3x + 5 . Trong cdc ménh dé sau, ménh dé nao diing?
A. Ham s6 khong c6 gid tri 16n nhit va gia tri nhd nhét.
B. Ham s6 dong bién trén R.
C. Ham s6 khong c6 diém cuc tri.
D. D6 thi ham s6 ¢6 tiém céan ding.

Cau 7. Cho ham sb6 y = f(x) xac dinh trén R \ {—1; 1}, lién tuc trén mbi khodng xdc dinh va cé bang bién
thién nhu sau

Khang dinh nao sau day ding?
A. D6 thi haim s6 c6 mot tiém can diing 1a x = —2 va mot tiém cin ngang lay = 1.
B. D6 thi ham s6 c6 mdt tiém can ding 1 x = 0.
C. Do thi ham sb c6 hai tiém cin ngang la cic dudng thing y = -2 vay = 2.

D. D6 thi ham s6 ¢6 hai tiém can ngang 1a cic duong thang x = 1 va x = —1.
~ N £ 3x+1 2 . N A P
Cau 8. Chohamsoy = w1 Khang dinh nao sau day dung?
N rs i s A ea s 1 N avs A a3
A. D0 thi c6 ham s0 ¢6 tiém can ding 1a x = —5 B. D6 thi ¢6 ham soO c6 tiém can ding la y = 7
A . s N A A 2ot A A A . z N A 2ot A A N 3
C. D0 thi c6 ham so khong ¢6 tiém can. D. b6 thi ¢6 ham s0 ¢6 ti€ém can ngang lay = 5
) R 2 2-3x-4
Cau 9. Tim so tiém cén ding cia do thi ham so y = %
x —_—
A. 0. B. 1. C.2. D. 3.

Cau 10. S giao diém cta do thi ham s6 y = x +
A. 1. B. 2. C. 3. D. 0.

2 .
7 va duong thang y = 2x 1a
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Cau 11.

DPudng cong & hinh vé& bén 1a dd thi cia ham sd nao trong bén ham sb6 & duéi y
day.

Acy=—-x+3x2+ 1. B.y=—x*+2x2+1.

C.y=x*-2x+1. D.y=x*-3x*+3.

Cau 12.
DPudng cong & hinh vé bén 14 dd thi ctia mdt trong cdc ham s6 dusi day. Ham y
s6 d6 12 ham s6 nao?

Ay =(x—1)(x-2)7>. B.y=(x—1)(x+2)>. )
C.y=(x+132(x+2). D.y=(x— 1*x+2). \

/—2 0 1 X

Cau 13. Khdi td dién déu c6 bao nhiéu mit phang dbi xing?

A. 3. B. 6. C.4. D. 2.
Céu 14. Hinh ling try tam gidc d&u c¢6 bao nhidu mit phang d6i xting?
A. 1 mit phang. B. 2 miit phang. C. 3 mit phang. D. 4 mit phang.
Cau 15. Hinh hop chit nhét c6 ba kich thudc déi mot khac nhau ¢6 bao nhiéu mit phang ddi xing?
A. 4 mit phang. B. 6 mit phang. C. 3 mit phang. D. 9 mit phang.
Cau 16. Khdi td dién déu c6 bao nhidu mit phang db6i xting?
A. 3. B. 6. C.4. D. 2.
Cau 17. Tinh thé tich ctia khdi ling tru déu c6 tit ca cic canh déu bing a.
a3 V2 a3
AV =2 B.V= . C.V= . D.V = .
. 12 12 =73
Cau 18.
Cho ham s6 y = f(x) c6 d6 thi nhu hinh v& bén. Ham s6 dong bién trén Y
khoang ‘ 3
A. (-2;-1). B. (-1;0). C. (0;2). D. (-2;0). | l
2| Y
/ -1 0 \/ x
S

x —00 -1 0 1 +oo
y - 0 + + 0 -
+00 +00 -2
y \ / / \
5 —00 —00

Khang dinh nao sau day la khang dinh ding ?
A. Ham sb nghich bién trén khoang (-1; 0). B. Ham sb dong bién trong khoang (—1;0).
C. Ham s6 dong bién trong khoang (—o0; 1). D. Ham sb dong bién trong khoang (1; +00).
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Cau 20. Tim s diém cyc tri cia ham s6 y = x* — 3x% - 3.
A. 2. B. 1. C. 3. D. 4.

. 3 2 . R .
Cau 21. Chohamsoy = % - 2% +3x + 3 Toa d6 diém cuc dai cua do thi ham so la

2
A. (3; 5)' B. (-1:2). C.(1:-2). D.(1:2).
Cau 22. Tim tit c céc gid tri thuc ctia m d& ham s6 y = mx® + x> + (m2 - 6) x+ 1 dat cuc tiéu tai x = 1.
A. Khong c6 m thoa dé bai. B. m = —4.
Cm=1vm=-4. D.m=1.

Cau 23. Biét do6 thi ham sb y = x> — 2x? + ax + b c6 diém cuc tri 1a A(1; 3). Khi d6 gi4 tri ctia 4a — b 1a
A. 4. B. 2. C. 1. D. 3.

Cau24. Chohamsby = ax* + bx> +c(a, b, ceR)
c6 d6 thi nhu hinh vé bén.
S6 diém cuc tri cia ham sb da cho 1a
A. 1. B. 3.
C.2. D. 0.

o

Cau 25. Him sd y = 3x* — 4x® — 6x> + 12x + 1 ¢6 bao nhiéu cuc tri?

A.2. B. 1. C.O0. D. 3.
Cau 26. Do thi ham s6 nao sau day khéng c6 tiém cin ngang?
x+2 x+2 x?
A. . B.y= . Ly = . D.y= Va2 — 1.
2 +1 M C.y x+1 yEEEANX
A A N .« A A 2 X . N A X — 10
Cau 27. Tim so0 dudng ti€ém cén cua do thi ham so y = - 2013
x [—
A. 1. B. 3. C.0. D. 2.
Cau 28. Cho hinh chép S.ABC c6 day la tam gidc déu canh 2a va thé tich bang . Tinh chiéu cao 4 cia
khéi chop S.ABC?
3 3 3
A.h:%. B.h:%. C.h = V3a. D.h:%.

Cau 29. Cho ling tru diing ABC.A’B’'C’ ¢6 canh BC = 2a, gbc giita hai mit phang (ABC) va (A’BC) biang
60°. Biét dién tich AA’BC bing 2a?. Tinh thé tich khéi ling tru ABC.A’B'C’.
2 3 3 3
AV =3d. B.V = V3d. C.V:%. D.v:‘/;“.
Céu 30. Cho khéi ling tru ding ABC.A’B'C’ c¢6 ddy ABC la tam gidc can v6i AB = AC = a, BAC = 120°,
mit phang (A’BC’) tao véi ddy géc 60°. Tinh thé tich ctia khéi ling tru da cho bang:

343 3 3 3 3
PNEALL B. 2% c. 2t p. 2V
8 8 8 8
Cau 31. Khdi chop i gidc déu c6 canh ddy bang a, goc gitta mit bén va mit ddy bang 60°. Khi d6 thé tich
ctia khbi chép biang
3 2 3 2 3 3
A2V B, O V2 RaaL) D LV2
8 6 6 12

Cau 32. Cho khbi chép tam gidc déu c6 canh ddy bang a, goc giita canh bén va ddy bang 30°. Khi d6 thé
tich ctia khi chép 1a
3 2 3 3 2 3
av=LY2 BvoLY cve®Y2 p.v=LY
18 18 36 36
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Cau 33. Goi V, 1a thé tich khéi 1ap phuong va V; 1a thé tich khdi cau noi tiép khoi lap phuong d6. Ti s6 thé

V.
tich — 1a
1

T T T
A, ——. B. —. C.——. D. —.
2V3 6 3V2 3V3
Cau 34. Cho khéi chép tif gide déu c6 canh ddy bang a, canh bén gap hai 1an canh ddy. Tinh thé tich V cia
khdi chép da cho.
2a° V14a® 2a° V14a®
Ay B.V=——" cv= 22 D.V=——"
6 6 2 2
Cau 35.

Pudng cong trong hinh bén 1 dd thi ciia mot ham sb trong bdn ham s dugc liét
ké & bén phuong an A, B, C, D dudi day. Hoi ham s6 d6 12 ham s6 nao?
Acy=|x3=3x]. B.y=|x*-3x. C.y=[x+3x. D.y=|x]>+3x.

Cau 36. Trong tit ca cic gid tri thuc ctia tham s& m 1am cho ham s6 f(x) = x* — 3mx? + (m + 2)x — m dong
bién trén R, gia tri 16n nhit cia m 12

A.—%. B. 1. C.0. D. 2.

Céu 37. C6 bao nhiéu gia tri nguyén duong ctia tham sb m d& ham s6 y = |3x* — 4x® — 12x> + m| ¢6 5 diém
cuc tri.

A. 25. B. 26. C. 24. D. 27.

Cau 38.

Cho ham sb y = f(x) ¢6 do thi nhu hinh v& bén. Gi4 tri I16n nht ciia ham sb nay y

trén doan [-2;3] bang ] 4
A. 3. B. 5. C.2. D. 4.

Cau 39. Ong A du dinh st dung hét 5,5 m? kinh d€ 1am mot bé cic bﬁng kinh c6 dang hinh hop chti nhat
khong nap, chiéu dai gip doi chiéu rong (cac mdi ghép c6 kich thudc khong dang ké). BE ca codung tich
16n nhét bang bao nhiéu (két qua 1am tron dén hang phan trim)?

A. 1,40 m3. B. 1,17 m3. C. 1,01 m3. D. 1,51 m3.

. NN . 2x+ 1
Cau 40. Tim diém M thuoc d thi ham sb y = =

khoéng céch tit M dén truc hoanh.
A.M2; 1), M(4;3). B. M(0;-1), M(3;2). C.M(©0;-1),M4;3). D.M2;1), M(3;2).

Cau 41. Cho hinh hop ding ABCD.A’B'C’'D’ ¢6 ddy ABCD 1a hinh thoi canh a va BAD = 60°, AC’ hop
véi ddy (ABCD) mot goc 60°. Thé tich khdi hop 1a
a3 a3 3a° V3 363

AV = 1 B.V= > C.V= > D.V = 1

Cau 42. Cho khdi chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M 1a trung diém ctia S C. Mit phang
(P) chita AM va song song véi BD cit cdc canh S B, S D theo thi tu tai E va F. Ti s thé tich khéi td dién
S.AEMF véi khi da dién H (khéi chép S.ABCD bé di khéi da dién S.AEMF) bang
1
AL B. 2. c.2. D. 1.
3 3 7 2

sao cho khoang cach tit M dén tiém can diing bang

Ngay 2 thang 11 ndm 2020 Trang 4/5 M d& 2G102



Cau 43. Cho hinh chép S.ABC c6 thé tich bang V. Goi G 1a trong tam clia tam gidc S BC, (@) 1a mit phang
qua A, G va song song véi BC cit S B, S C 1an ludt tai M, N. Tinh thé tich khéi tt dién S.AMN

\% 4v Vv Vv
A. 5. B 7 C. 5. D. Z.

Cau 44.
Cho ham s6 y = f(x) c¢6 dao ham trén R va c6 do thi ctia ham sb y = f/(x) nhu
hinh vé&. Xét ham s6 g(x) = f(x> - 2).
Meénh dé nao sau day sai?
A. Ham sb g(x) nghich bién trén (—co; —2).
B. Ham sb g(x) nghich bién trén (0; 2).
C. Ham sb g(x) nghich bién trén (~1;0).
D. Ham s6 g(x) dong bién trén (2; +00).

Cau 45. Cho ham sdy = |x* — 2mx? + 2m — 1| v6i m 1a tham s thuc. S6 gid tri nguyén trong khoang [-2; 2]
ctia m dé€ ham s6 da cho c6 3 diém cuc tri 1a

A. 1. B. 3. C.2. D. 4.
Cau 46.
Trong bai thuc hanh cia mon huén luyén quan su c6 bo song

tinh hudng chién si phai boi qua mot dong song dé
tin cong mot muc tiéu & bo song bén kia. Chién si
dang & vi tri A, sé boi sang song dén vi tri C, 16i sau
do6 chay trén bd dén vi tri B. Biét 1ong song rong 100
(m) va van tdc bai ctia chién si bang mt nifa van toc /{;]]
chay trén bd. Hay tinh xem chién si can bdi bao nhiéu

mét d€ dén dudc muc tiéu nhanh nhét, biét ring muc

tiéu cach chién si 1 (km) theo dudng chim bay.

C B bd song

200 V3 800 400 V3 400

A. (m). B. —— (m). C. (m). D. —— (m).

Cau 47. C6 bao nhiéu gid tri nguyén ctia tham s6 m thudc doan [-100; 100] dé dd th; ham s6

B ymx2 + (m2 - 5m)x + 4
B x=2

c6 dung 3 ti€ém can.
A. 99. B. 100. C. 101. D. 98.

¢ dd thi (C) va dudng thang d: y = x + m. Gia tri ctia tham s6 m d€ d cit

. 2x+1
Cau 48. Cho hamsby = =
x+1

(C) tai hai diém phan biét A, B sao cho AB = V10 1a
A.m=0hoacm=7. B.m=-1hoaicm=6. C.0<m<5. D. m = 0 hoac m = 6.

c6 dd thi (C). Goi I 1a giao di€ém cia hai tiém cén ctia (C). Xét tam gidc

) -1
Cau 49. Cho ham sby = =
x+2

déu ABI c6 hai dinh A, B thudc (C), doan thang AB c6 do dai bang
A.2V2. B. V6. C.23. D.2.

Cau 50. [THPT 2018-MA 101] Cho khéi ling tru ABC.A’B'C’, khoang cach tit C dén BB’bﬁng 2, khoang
cach tit A dén cic dudng thing BB’ va CC’ lan lugt bang 1 va V3, hinh chiéu vudng géc clia A 1én mit

2 e , X 2V3 . £ s < S
phang (A’B’C’) 1a trung diém M cua B'C’' vaA’M = T\/_ Theé tich khoi lang tru da cho bang
2vV3
A. T\F B.2. C. 1. D. V3.
---------- HET- - - ---
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DAY TOAN THCS VA THPT PE KIEM TRA GIUA KI 1-TOAN 12
(Thdy Diing, DT:0943037206) Thoi gian lam bai: 90 phuit

Ma dé 2G103

Cau 1. Cho ham sd y = x* + 3x + 2. Ménh dé nao duéi day diing?
A. Ham s6 nghich bién trén khoang (—oo; +00).
B. Ham s6 nghich bién trén khoang (—oco; 0) va dong bién trén khoang (0; +o0).
C. Ham s6 dong bién trén khoang (—o0; +00).
D. Ham sb dong bién trén khoang (—oo; 0) va nghich bién trén khoang (0; +00).

Cau 2. S6 diém cuc tiéu ciaham s6y = x* —2x% + 512

A. 1. B. 3. C.2. D. 0.
) ) 1
Cau 3. Gia tri nhé nhat ciaham soy = x — 7 trén doan [1;3] la
X
1 7 11
A. 3. B. -. C.-. D. —.
2 4 4
Cau 4. Gi4 tri 16n nhat ctia ham s6 y = 2x> — 3x + 1 trén doan [-1;2] 1a
A.%l_lla%y: 1. B. Elﬁ‘%y:ls' C.[r{lla%y: 1. D.Ella%y:Z.
Cau 5. Tim gid tri nhd nhat m cia ham sd y = x* — 7x? + 11x — 2 trén doan [0; 2].
A.m=11. B. m = 3. C.m=0. D.m = -2.

c6 gia tri nho nhit trén doan

N e o e £ PN " mx+5
Cau 6. Tim tat ca cac gia tri cua tham so thuc m dé ham so f(x) =
x f—
[0; 1] bang -7.

A.m=1. B.m:% C.m=2. D.m = 0.
Cau7. Po thi hamsb y = — 1x c6 dudng ti€m cén ding, tiém cin ngang la:
x —_—
Ax=2y=1. B.x=1;y=2. C.x=1y=-2 D.x=-1;y=-2.
A PERTRN A 2x — 3 s 2 N PN A P NIEPA A X N
Cau 8. bothihamsoy = al c6 cac duong ti€ém can ding va ti€ém can ngang lan lugt la
x —_—
A.x=1vay=-3. B.x=1vay=2. C.x=-1vay=2. D.x=2vay=1.
2 3x+1 R 2
Cau 9. Chohamsoy = 1x_2 Tim phuong trinh dudng ti€m cén ngang cua do thi ham so.
-2x
3 3
A.y=3. B. x = 3. C.x=—=. D.y=—--.
y X X > y >
Cau 10. S6 giao diém cia dd thi ham s6 y = x> + 3x% + 1 va dudng thang y = x + 1 Ia
A. 2. B. 4. C. 1. D. 3.
Cau 11. Cho (C): y = x> — 2x. Tinh hé s6 gbc k cia tiép tuyén véi (C) tai diém c6 hoanh dd x, = 1.
Ak =-2. B. k=0. C.k=-1. D.k=1.
< v 1
Cau 12. Tip xéc dinh clia ham s6 y = el Ia
(X2 =5x+6)V4—x
A. (—1;4]\ {2; 3}. B. [-1;4)\ {2;3}. C.(-1;4)\{2;3}. D. [-1;4).
Cau 13.
Cho khdi ling tru ABC.A’B’C’ (tham khéo hinh sau). Goi M 1a trung A’ o

diém cta doan thang BB’. Mit phang (AMC") chia khéi ling tru da
cho thanh céc khéi da dién nao?
A. Hai khdi chép tam gidc. A c
B. Mot khéi ti dién va mot khoi chép i gide.
C. Hai khéi chép ti gidc. B
D. M6t khéi tif dién va mot khéi ling tru.
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Cau 14. Mit phang (A’BC) chia khdi ling tru ABC.A’B’C’ thanh céc khi da dién nao?

A. Hai khéi chép tam giac.
B. Mot khoi chép tam gidc va mot khdi chép ngii gidc.
C. Hai khéi chép tif gidc.
D. M6t khoi chép tam gidc va mot khbi chop tif gidc.
Cau 15. Khéi bat dién déu 1a khbi da dién déu loai
A. {3;5}. B. {5;3}. C. {4;3}.

Cau 16. Hinh lap phuong c6 bao nhiéu mat?
A. 8. B. 5. C.7.

D. {3;4}.

D. 6.

Cau 17. Tinh thé tich V ctia khdi chép c6 ddy 1a hinh vudng canh 2a va chiéu cao 1a 3a.

4
AV = 571’(13. B. V = 124°. C.V =24

D.V =4d°.

Cau 18. Ham sb nao sau ddy nghich bién trén cac khoang xac dinh ctia ching?

:if—zgiz. B.y=2x-3x+2019. C.y=x*+2x>-2018. D'y:xx+—;()218'

Cau 19. Ham s6 y = 2x* + 1 dong bién trén khoang nao?

A. (—oo; —%) B. (—%; +00). C. (0; +00). D. (—00;0).
Cau 20. D6 thi ham s6 y = ax® + bx® + cx + d c6 hai diém cuc tri 1a A(1; =7), B(2; —8). Tinh y(-1).

A y(=1) = 11. B. y(-1) = 7. C.y(-1) = -35. D. y(-1) = —11.
Cau 21. Tim diém cuc dai ctia ham s6 y = %x“ —2x* - 3.

A. xcp = V2. B. xcp = + V2. C. xcp = — V2. D. xcp = 0.
Cau 22. Ham sd nao sau day c6 cuc tri?

A.y=3x+4. B.y=x+3x+2. C.y=x>+1. D.yzii;;

Cau 23. Tim diéu kién cta tham s6 m dé dd thi ham s6 y = mx* + (m> — )x> + 1 — 2m c6 mdt cuc dai va

hai cuc tiéu.
A.m € (1; +00). B. m € (—oc0;-1).
C.m € (—00;0) U (1; +00). D.m e (0;1).

A .z . > A ~ N A 1 . .
Cau 24. Tim gia tri thuc ca tham s6 m dé€ ham sd y = §x3 —mx? + (m2 —~ 4) x+ 3 dat cuc dai tai x = 3.

A.m=5. B.m=-1. C.m=-7.

D.m=1.

Ciu 25. Choham sdy = x* —2x% +ax+b (a, b € R) c6 do thi (C). Biét d6 thi (C) ¢6 diém cuc tri 1a A(1;3).

Tinh gia tri cia P = 7a + 8b + 84ab.

A. P = 280. B. P = 283. C.P =282,
Ciu 26. S6 tiém can diing cta do thi ham sb y = —”x;f_3 Ia
X X
A.2. B. 3. C. 0.

D. P = 281.

D. 1.

Cau 27. Cho ham sd y = f(x) x4c dinh va lién tuc trén R \ {—1} c6 bang bién thién nhu sau:

X —00 -1

’

y + +
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Khang dinh nao sau déy 1a khang dinh ding?
A. D0 thi ham s6 ¢6 duy nhit mot tiém cén.
B. D6 thi ham s6 c6 ba tiém cn.
C. D06 thi ham sb ¢6 tiém cin diing y = —1 va tiém cin ngang x = 2.
D. b6 thi ham s6 c6 tiém cin ding x = —1 va tiém cin ngang y = —2.

Cau 28. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh chit nhét v6i AB = 2a,AD = a V2. Tam gidc SAB
déu va nim trong mit phang vudng géc v6i ddy. Thé tich V ciia hinh chép S.ABCD 1a

243 V6 36 24> V3 3a V2
Ay 2Ve By -4V cy-2V Dy V2
3 3 3 4
Cau 29. Cho hinh chép tii gidc S.ABCD c6 ddy ABCD la hinh vudng canh 2a, S A vudng goc véi mit phang
3
?  Tinh khoang cich tit A t6i mit phing (S BC).

o ‘. . 8
day (ABCD).Theé tich khoi chopS.ABCD bang
A. a. B. 4a. C.a"s3. D. 2a.
Cau 30. Cho khbi chép S.ABC c6 ddy 1a tam gidc vudng tai B. Biét BC = a V3, AB = a, SA vudng gic
véi ddy, SA = 2a V3. Thé tich khéi chép S.ABC la
a3

A. d’. B. a® V3. C. 34>, D. n

Cau 31. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh va AB = 2AC = 2a, BC = a V3. Tam
gidgc SAD vudng can tai S, hai mit phang (SAD) va (ABCD) vudng géc nhau. Tinh thé tich khdi chop

S.ABCD. i
1 1 3
A -ad’. B. —a’. .2a°. D. —d’.
74 >4 C. 2a > a
Cau 32. Cho hinh hop chit nhat ABCD.A’B'C'D’, c6 AB =3 cm,AD = 4 cm, AA’ =5 cm.
Tinh d(AA’, BD).
12 3
A. 5 cm. B. 5 cm. C.1cm. D. 3 cm.
Cau 33. Cho khbi chép tam gidc déu c6 canh ddy bing a, géc giita canh bén va ddy bang 30°. Khi d6 thé

tich ctia khdi chép 1a

3 2 3 3 3 2 3 3
INRANA ) R ANUAL) cv-YV2 py-LV
36 36 18 18
Cau 34. Cho khébi ling tru diing ABC.A’B'C’ c6 ddy
1a tam gidc déu canh bing a va AA’ = 2a (minh hoa nhu hinh vé A o
bén). Thé tich ctia khéi lang tru da cho bing ?
A. V3. B
AL ’
2.
3
C. . i
_______ g__‘~‘__ c
3
D. \/za . \/

Cau 35. Puong cong trong hinh bén 13 d6 thi ham s6 nao?

_2x+1 —-X x—1 x+1

Ay = . Biy=—. Cy=—. D.y=-""— ‘
SR T M P YA YT \
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CAu 36. Tim tit ca cdc s thyc cda tham s6 m d€ ham s6 y = x* + x2 + mx + 1 dong bién trén khodng
(=00; +00).

4 4
. C. < —. D. > —.
m_3 m_3

W =

A.m>—. B.m<
3

Cau 37. Cho ham s6 y = (x — m)> — 3x + m*(C,,). Biét rang diém M(a; b) 1a diém cuc dai cta (C,,) ung
v6i mot gia tri m thich hdp dong thdi 1a diém cuc tiéu cia (C,,) ting v6i mot gid tri khac ctia m. Tinh téng
S =2018a + 2020b.

A. S =5004. B. S =504. C.S =-504. D. S = 12504.
Cau 38.
Cho ham sb y = f(x) c6 do thi nhu hinh v& bén. Gi4 tri I16n nht ciia ham sb nay y
trén doan [—2; 3] bﬁng ,,,,,,,, 4
A. 4. B. 3. C.2. D. 5.
l 2 l
L2/ 2
3l /o 3

2 + 2 N
Cau 39. Chohamséy = % (m 1a tham s thyc) thda mén ming; y + max;i y = 2. Ménh dé nao dui
X
day ding?
A.0<m<2. B.2<m<4. C.m>4. D.m <0.
Cau 40. Cho ham s y = f (x) c6 bang bién thién nhu sau:

X |—o0 0 2 +00

- - ) - ° - +00

y 0 \ /
\ N ~

Téng s6 tiém cin ding va tiém cin ngang ctia dd thi ham s da cho 1a:
A. 1. B. 2. C. 3. D. 4.

Cau 41. Mot hinh hop chit nhat ABCD.A’B'C’ D’ ¢6 ba kich thudc 122 cm, 3 cm va 8 cm. Thé tich ctia khbi
ti dién ACB'D’ bing
A. 16 cm’. B. 12 cm’. C.24 cm’. D. 8 cm?.
Cau 42. Cho ling try tam gidac ABC.A’B’'C’ ¢6 day ABC la tam gidc vudng can tai A, canh AC = 2 V2. Biét
AC’ tao véi mit phang (ABC) mdt géc 60° va AC’ = 4. Thé tich khdi chép B.ACC’A’ bing
16 V3 1
AL ALY c.t p. 1
3 3 3 3
Cau 43. Cho khéi ling tru ABC.A’B'C’ c6 thé tich bang 64> va ddy ABC 1a tam giac déu canh bang 2a. Goi
G 1a trong tAm ciia tam gidc A’B’C’. Tinh thé tich V ctia khéi chép G.ABC.
AV =24° B. V = V3d°. C.V =3d D.V =d’.
Cau 44. Cho ham sb f(x) c6 dao ham f(x) = (x — 1)? (x2 - 2x) v6i moi x € R. C6 bao nhiéu s6 nguyén
m < 100 d€ ham sb g(x) = f(x2 —8x + m) dong bién trén khoang (4; +o0).
A. 83. B. 82. C. 84. D. 18.

Cau 45. C6 bao nhiéu gid tri nguyén ctia tham sb m dé ham s y = [3x* — 4x* — 12x? + m| ¢6 7 diém cuc
tri?
A. 6. B. 4. C.5. D. 3.
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Cau 46. Cho phuong trinh sin x (2 — cos 2x)—2 (2 cos® x +m + 1) V2cos3x+m+2=3V2cos3x+m+2.

A A . A o 2
C6 bao nhiéu gia tri nguyén cua tham s6 m dé phuong trinh trén c6 dung 1 nghiém x € [O; ?ﬂ)?

A. 1. B. 4. C.2. D. 3.

. -1 R o . ) [ .
Cau47. Choham so y = al ") c6 do thi (C). Goi I 1a giao diém cua hai tiém cén cua (C). Xét tam giac
X
déu ABI c6 hai dinh A, B thudc (C), doan thang AB c6 do dai bang

A.2V3. B. V6. C.2V2. D.2.
Cau 48.
Ham s6 nao trong cic ham sb tuong tng & cic phuong dn A, B, C, D ¢6 Y
dd thi 12 hinh bén?
x—1
Ay= . B.y=x"+2x*-1.
y=— % y=X 1 X
X - X+
C.y= . D.y= . 1
Y x+1 Y x—1

Cau 49. Cho ham sé y = f(x) ¢6 dao ham lién tuc trén R, thda man 2f(2x) + f(1 — 2x) = 12x%. Phuong
trinh tiép tuyén ctia dd thi ham s6 y = f(x) tai diém c6 hoanh do bang 1 1a
A.y=2x-6. B.y=4x-6. C.y=2x+2. D.y=4x-2.

Cau 50. Cho ling tru tam giac ABC.A’B’C’. Mot mit phang (@) qua dudng thang A’B’ va trong tim tam
gidc ABC, chia khdi ling tru ABC.A’B’C’ thanh hai phan. Goi V 1a thé tich khéi da dién chita dinh C va V,

. < Vi
la thé tich khoi da dién con lai. Khi do ti s 71 bang
2
1 1 1
AR B U1 co_ U p. 210
V2 19 Vz 8 V2 10 Vz 17
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DAY TOAN THCS VA THPT PE KIEM TRA GIUA KI 1-TOAN 12

(Thdy Diing, DT:0943037206) Thoi gian lam bai: 90 phuit
Ma dé 2G104
Cau 1.
Cho ham sb y = f(x) c6 bang X —00 -1 0 1 +00
bién thién nhu sau. Ham s6 | f(x) + 0 - 0 + 0 -

da cho dong bién trén khoang

-1 -1
nao dudi day?
A. (—00: 1). B. (1:+c0). f(x) / \ / \
C.(-1;0). D.(;1). —00 -2 —00
Cau 2. Him sdy = x* + 2(m — 2)x* + m®> — 2m + 3 c6 diing mot diém cuc tri thi gid tri cia m 12
A.m>2. B.m<2. C.m=2. D.m > 2.
Cau 3. Trong hé toa dd Oxy, cho dudng tron (C) c6 phuong trinh x*> + y* — 4x + 2y — 15 = 0. Goi I 1a tAm
ctia (C), dudng thang d qua M(1;-3) cat (C) tai A, B. Biét tam giac JAB c6 dién tich la 8. Phuong trinh
dudng thang d 1a x + by + ¢ = 0. Tinh b + c.
A. 1. B. 6. C.8. D. 2.

Cau 4. Cho ham sb y = f(x) c6 bang bién thién nhu hinh bén dudi.

P 2 1 7 +o0
() + 0 + 0 . +
5 \ 8
f(x) 3 \ / \
—4 —oo
Phit bi€u nao sau day sai?
A. Ham s6 c6 gid tri 16n nhét bang 8. B. Ham s6 dat cuc tri tai cac difmx = -2 vax = 1.
C. Ham s6 nghich bién trén khoang (=5;0). D. Ham s6 c6 gid tri cuc tiéu bang —4.

Cau 5. Ong A du dinh st dung hét 5 m? kinh d€ 1am bé c4 bing kinh c6 dang hinh hop chit nhat khong nip,
chiéu dai gip ddi chiéu rong (cac mdi ghéo c6 kich thude khong dang ké). BE cd c6 dung tich 16n nhét bang
bao nhiéu (két qua 1am tron dén hang phan trim)?

A. 0,96 m’. B. 1,01 m’. C. 1,33 m’. D. 1,51 m’.

Cau 6. Choham s6 y = x> — 3x + 5. Trong cdc ménh dé sau, ménh dé nao diing?
A. Ham sb dong bién trén R.
B. D6 thi ham s6 c6 tiém cén ding.
C. Ham s6 khong c6 gid tri 16n nhét va gia tri nhd nhit.
D. Ham s6 khong c6 diém cuc tri.

A A LA A 2, L X . N A x2 - 3x - 4
Cau 7. Tim so ti€m cén ding cua do6 thi ham so y = 2 _16
x —_—
A. 1. B. 0. C.2. D. 3.
£ 3x+1 R 2
Cau 8. Chohamsoy = 1x_2 Tim phuong trinh dudng ti€m cén ngang cua do thi ham so.
—2x
3 3
Aox=—. B.y=3. C.y=—. D.x=3.
X > y y 5 X
" . 3x+1 o ) . Ny
Cau9. Chohamsoy = 1 Khang dinh nao sau day dung?
x f—
5 ) R 2 1
A. D0 thi c6 ham s0 khong c6 ti€m cén. B. DO thi ¢6 ham s6 c6 tiém can ding la x = —5-
A . s N A 2ot A A 2, N 3 A . z N A 2ot A A N 3
C. DO thi c6 ham s0 ¢6 tiém can ding la y = 5 D. b6 thi ¢6 ham s0 ¢6 ti€ém can ngang lay = 5
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Cau 10.

Cho ham sb y = f(x) c6 bang bién thién nhu hinh bén. X —00 -1 3 +00
S6 nghiém cla phuong trinh f(x) -3 = 01a y + 0 - 0 4+
A.2. B. 1. C.3. D. 0.

|

Cau 11.
Pudng cong & hinh vé bén 12 dd thi ctia ham s6 nao trong bén ham sb & duéi y
day.

Ay=x"-2x2+1. B.y=-x"+3x*+1.

C.y=x>-3x*+3. D.y=—x*+2x*+1.

Cau 12. Cho ham s6 y = f(x) lién tuc trén R va c6 bang bién thién nhu hinh vé bén duéi:

X | =0 -3 3 +00
y - 0 + 0 -
oo 3
y \ / \
-1 —00

TAt ca céc gid tri cia tham s& m dé phuong trinh f(x) = m c6 3 nghiém phan biét 1a

A.m € (—oo; +00). B. m € (—0; 3). C.m e (—1; +0). D.m € (—1;3).
Cau 13.
Hinh da dién duéi day c¢6 bao nhiéu mat? L
A. 14. B. 10. C.o9. D. 15. A A D
i Sa——
: ¢
AL . D
B ) C
Cau 14. Cho mot hinh da dién. Ménh dé nao sau day sai?
A. Mbi canh 1a canh chung cla ding hai mit. B. Méi canh 13 canh chung cta it nhét ba mit.
C. Mi dinh 1a dinh chung ctia it nhat ba mit. D. Méi dinh 14 dinh chung cta it nhat ba canh.

Cau 15. Hinh ling tru tam gidc déu c6 bao nhiéu mit phang dbi xting?
A. 2. B. 3. C. 4. D. 1.

Cau 16. Hinh 1ap phuong c6 bao nhiéu mit phang dbi xiing?
A. 6. B. 9. C.4. D. 3.

Cau 17. Cho hinh chép S.ABC c6 ddy 1a tam gidc déu canh bing a, canh bén SA vudng goéc v6i mit phang
ddy, SA = 2a. Tinh thé tich khdi chép S.ABC bing
a3 a3 a3 a3

A. . B. . . . D. .
2 4 ¢ 3 6

. 1 2 ax .
Cau 18. Chohamsdy = _ZX4 + x? + 2. Ham s6 dong bién trén khodng nao sau day?
A. (0; V2). B. (—00; 0) va (2; +00).
C. (—o0: = V2) va (0; V2). D. (- V2:0) va (v2;0).
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) + 1 2 .
Cau19. Chohamsoy = )16— Khang dinh nao sao déy 1a khang dinh dung?
- X

A. Ham s6 dong bién trén cac khodng (—oo; 1) va (1; +00).
B. Ham s6 nghich bién trén cc khodng (—co; 1) U (1; +00).
C. Ham s6 dong bién trén khoang R \ {1}.

D. Ham sb nghich bién trén cdc khoang (—oo; 1) va (1; +00).

) 2x+3 o .
Cau 20. Chohamsoy = f(x) = x+ 1 ¢6 bao nhiéu diém cuc tri?
X
A. 3. B. 1. C.0. D. 2.

Cau 21. Tinh gia tri cuc ti€u yer ctia hAim s6 y = x* — 2x% + 3.

A'yCT =1. B. Yer = —-1. C-yCT =2. D'yCT =3.

Cau 22. Tim tit c céc gid tri thuc ctia m d& ham s6 y = mx® + x> + (m2 - 6) x+ 1 dat cuc tiéu tai x = 1.
A. Khong c6 m thoa dé bai. B. m = —4.

C.m=1Vvm=-4. D.m=1.

Cau 23. Cho ham sd y = f(x) c6 bang bién thién nhu sau.

Tim gid tri cuc dai ycp va gia tri cuc ti€u yer cia ham s6 da cho. X |-oo -2 2 +00
A.ycp =3 vayer = 2. B. ycp =2 vaycr = 0. Y + 0 - 0 +
C.ycp =3 vayer = 0. D. ycp = =2 va yer = 2. y _r 3 ~ 0/ oo

—0

Cau24. Chohamsby = ax* + bx> +c(a, b, c e R)
c6 do thi nhu hinh vé bén.
S6 diém cuc tri ciia ham sb da cho 1a
A. 0. B. 2.
C. 1. D. 3.

/ ’ \ 'X
Cau 25. Tim tit ci cic gid tri ctia tham s6 m d€ ham s6 y = —x® + 2x? — mx + 1 dat cuc dai tai x = 1.
A.m=1. B.m=-1. C.m=1. D.m=-7.

Cau 26. Chohams6y = f(x)c6 lim f(x) = 1va lim f(x) = 1. Tim phuong trinh dudng tiém cin ngang
X—>—00 X—+00
clia d6 thi ham s6 y = 2 + 2017 f(x).

A.y =2017. B.y=1. C.y=-2017. D.y = 2019.
N ’ +2
Cau 27. Phuong trinh dutng ti€ém cén ding cua do thi ham so y = il > la
x —_—

A x=-2. B. x=-1. C.x=1. D. x =2.
Cau 28. Cho hinh chép S.ABC c6 day la tam gidc déu canh 2a va thé tich bang . Tinh chiéu cao 4 cia
khéi chép S.ABC?

3 3 3
A.h:%. B.h:%. C.h:%. D.h = V3a.

Céu 29. Cho hinh 1ap phuong ABCD.A’B’'C’D’ v6i O’ 1a tim hinh vuong A’B’C’'D’. Biét ring ti dién
O’BCD c6 thé tich bang 6a. Tinh thé tich V ctia khéi 1ap phuong ABCD.A’B'C'D’.
A.V =124% B. V =18 C.V =36a’. D.V = 54a°.

Cau 30. Cho khbi chép S.ABCD c6 ddy ABCD 1a hinh chit nhat, AB = a, AD = 2a, SA L (ABCD). Géc
gitta § C va ddy bang 45°. Khi d6 thé tich ctia khdi chép 1a
A 26 B, 225 c. 22V p. LY
3 3 3 3
Cau 31. Cho hinh chép déu S.ABCD c6 AC = 2a, gbc giita mit phang (S BC) va mit ddy bang 45°. Thé
tich ctia khdi chép S.ABCD bing
3 2343 3\2

a
AL B. . C. 3 V2. D. .
2 3 a*V2 3
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Cau 32. Cho hinh léng tru ABC A’B'C’ ¢6 day 1a tam gidc déu canh a, goc gifra canh bén va mit phang day
bing 30°. Hinh chiéu ctia A’ xudng (ABC) 1a trung diém BC. Tinh thé tich khbi lang tru ABC.A'B'C'.
P & & 3
oV B O3 c. 2 D.~.
24 8 4 8
Cau 33. Cho hinh chép tam gidc déu S.ABC c6 dd dai canh ddy bang a, canh bén SA = 2a. Tinh thé tich
ctia khdi chép S.ABC.

A V11 @ V11 A V11 V11
. B. . C. . D. .
4 6 12 3

Céu 34. Cho hinh chép S.ABC c6 canh bén S A vudng géc v6i mit phang ddy, biét SA = 8,AB = 6,BC = 5

va AC = 4. Tinh thé tich V ctia khdi chép S.ABC.

A.

A.

A.V =307 B.V=10V7. C.V=15+7. D.V=5V7.
Cau 35.
Trong cac ham s6 sau, ham s ndo c6 do thi nhu hinh vé bén? y
Aoy =x*+2x° B.y=—x"-2x%
C.y=x*-3x+1. D.y = x* - 2x°.
-1 |01
| X

Cau 36. Ham sb y = (x + m)® + (x + n)’ — x> (tham s6 m; n ) ddng bién trén khodng (—oo; +00). Gia tri nhod
nhét ctia biéu thitc P = 4(m> + n®) — m — n bang

1 1
A. -. B. —— C.4. D. -16.
4 16° 6
Cau 37. Choham s6 y = f(x) ¢6 dao ham f’(x) = x*(x — 1)(13x — 15). Khi d6, s6 diém cuc tri ciia ham
5x
1
s6y = f( T a
A. 3. B. 6. C.5. D. 2.
Cau 38. Tim gid tri thuc ctia tham s6 a d& ham s6 f(x) = —x® — 3x? + a c6 gi4 tri nhd nhat trén doan [—1; 1]
bang 0.
A.a=0. B.a=6. C.a=4. D.a =2.
Cau 39. Tim gid tri nhé nhat m ctia ham s6 y = x* — x> + 13 trén doan [-2; 3].
49 51 51
A.m= B.m= = D.m = 13.
m= T m = 5 C.m= T m=13
4 4 ! -1 e
Cau 40. Tim tap hgp tat cd cac gid tri cua tham so thuc m d€ do thi cia hamsoy = — x3 n c6 dung 2
X2 -3x+m

dudng ti€ém can.

9 9 9
A. {2, Z} B. {2}. C. (—oo; Z) D. (—oo; Z]

Cau 41. Cho khéi ling tru ABC.A’B'C’ c6 thé tich bang 2018. Goi M la trung diém AA’;N, P lan lugt
la cac diém nam trén cac canh BB’,CC’ sao cho BN = 2B’'N, CP = 3C’P. Tinh thé tich khéi da dién

ABC%%};' 4036 4
A, 23297 p., 2036 ¢, 20360 p. 32288
18 3 27 27

CAu 42. Cho hinh chép S.ABCD c6 ddy ABCD la hinh chif nhit, tam gidc SAD vudng tai S v nam trong
mit phang vudng goéc v6i mit phang ddy. BiétAB = a, SA = 25 D, mit phang (S BC) tao véi mit phang day
mot géc 60°. Thé tich ctia khi chép S.ABCD bing

3a’ 1543 5a°

AL B. 54°. c. 24 D. 2%
2 “ 2 2
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Céu 43. Cho khbi chép S.ABCD c6 day 1a hinh vuong canh a, SA vudng géc véi ddy va S C tao v6i miit
phang (S AB) mdt géc 30°. Tinh thé tich V ctia khdi chép di cho.
Voa? 2a° V2a?

AV = . B.v=22L C.V = V2. D.V = .
3 3 Vaa 3

Cau44. Choham s6 y = f(x),y = g(x). Hai ham sb y = f'(x)
vay = g’(x)c6 do thi nhu hinh bén, trong d6 dudng cong dam

hon 12 d6 thi ctia ham s6 y = g’(x). Ham s h(x) = f(x + 4) — y
3\ .. )
g (Zx - E) dong bien trén khoang nao sau day?
10¢- - ’
2 ‘ f(x
A. 6;—5). SrofroooC ‘
4 S
31 aTf 770
B.| 5t o
5 ’+°°) \ L
9 3 8 1011 x
C.[=:;3]
)
31
D. 5,— . 2 (x
5) )

Cau 45. Tim tit ci cic gid tri thuc ctia tham s6 m sao cho dd thi ctia ham s6 y = x* + 2mx? + 1 ¢6 ba diém
cuc tri tao thanh mot tam giac vuong can.
1
Am=—-——. B.m=1. C.m=-1. D.m=—.
Vo Vo

Cau 46. Ong A du dinh st dung hét 6,5 m? kinh d€ 1am mot bé c4 biang kinh c6 dang hinh hop chit nhat
khong nip, chiéu dai gip doi chiéu rong (cac mdi ghép c6 kich thudc khong dang ké). BE ca c6 dung tich
16n nhit bang bao nhiéu (két qua lam tron dén hang phan trim)?

A. 1,33 m’. B. 1,50 m®. C.2,26 m>. D. 1,61 m>.
2 N £ 2x -1
Cau 47. SO duong tiém can ctia do thi ham s0 y = ————=1a
V2 +x+2
A. 1. B. 0. C.2. D. 3.
Cau 48.
DPudng cong & hinh duéi 1a dd thi ctia mot trong bén ham s6 & dudi day. Ham s6 d6 y

12 ham s6 nao?
Acy=x*-x*-1. B.
C.y=—x*+x*+2. D.

[ Jo | x

. X x+1 x+2 x+3
Cau49. Chohaihamsoy = + + +
a O natflam so .y x+1 x+2 x+3 x+4

thi 14n ludt 12 (C;) va (C,). Tap hop céc gid tri m d€ (C;) va (C,) cat nhau tai diing bén diém phén biét?
A. (—o0;3]. B. (3; +0). C. (—0;3). D. [3; +0).

Cau 50. Xét khbi ti dién ABCD c6 canh AB = x va céc canh con lai d&u bang 2 V3. Tim x dé thé tich khéi
t dién ABCD dat gi4 tri 16n nhit.

A. x = 6. B. x = V14. C.x=23. D. x =3 V2.
---------- HET- << --

vay = |x+ 1| = x+m (m 1a tham s6 thuc) c6 do
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DAY TOAN THCS VA THPT PE KIEM TRA GIUA KI 1-TOAN 12
(Thdy Diing, DT:0943037206) Thoi gian lam bai: 90 phuit

Ma dé 2G105

Cau 1. Cho ham sd y = f(x) c6 bang bién thién nhu hinh bén dudi:

X —00 0 2 +00
1 + 0 - 0 +
0 400
f) T T \ - —

Khang dinh nao sau day ding?
A. Ham sb dong bién trén (—c0; 2). B. Ham sb dong bién trén (—4; +o0).
C. Ham s6 dong bién trén (—o0; 0). D. Ham sb dong bién trén (0; 2).
Cau 2. Him sd y = x* — 2x? + 5 ¢4 bao nhiéu cuc tri?

A. 3. B. 2. C.0. D. 1.
2

) . 3
Cau 3. Tim gia tri nhd nhat cia ham soy = f(x) = +1 trén doan [—4; -2].

) ) 19 ) .

A. [?14;1_%] f(x) =-8. B. [IDZL;I_I%] f(x) = 3 C. [91;1_%] f(x) = —6. D. [5114;1_%] f(x) =-T7.
Cau 4. Gid tri nhd nhit m ciaham séy = x> — 1 1a

A.m=0. B.m=-1. C.m=8. D.m=1.
Cau 5. Tim gid tri nhd nhat m cia ham sd y = x* — 7x? + 11x — 2 trén doan [0; 2].

A.m=11. B.m=-2. C.m=0. D.m = 3.
Cau 6. Gia tri 16n nhét ctia ham s6 y = V5 — 4x trén doan [—1; 1] bang

A. 3. B. 1. C.9. D. 0.

Cau 7. Cho ham sb6 y = f(x) xac dinh trén R \ {—1; 1}, lién tuc trén mbi khoing x4c dinh va c6 bang bién
thién nhu sau

Khang dinh nao sau day ding?
A. D6 thi ham s6 c6 mdt tiém can diing 12 x = 0.
B. D) thi ham s6 ¢6 hai tiém cin ngang 1a cic dudng thangy = -2 vay = 2.
C. Do thi ham sb c6 hai tiém can ngang 1 cic dudng thang x = 1 va x = —1.
D. D6 thi him s6 c6 mot tiém can diing 1a x = —2 va mot tiém cdn ngang lay = 1.

Cau 8. D) thi ham s6 nio sau diy nhan duong thing y = 2 12 mot dudng tiém can?

3x 2x—1 —2x+1
A.y=x-2. B.y= . C.y= D.y=
y=4 Y x=2 Y 2—x Y 2—x
N < 3-2
Cau 9. Db thi ham sb y = lx c6 dudng tiém can ding, tiém cin ngang 1a:
x_
A.x=2;y=1. B.x=-1;y=-2. C.x=1Ly=2. D.x=1;,y=-2.
2 Vx+1
Cau 10. Tap xéc dinh ciia ham sb y = al la
(x> =5x+6) V4 —x
A (=1:4)\ (2: 3. B. [-1:4). C.(=1;4]\ {2;3). D.[=1:4)\ {2:3).
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Cau 11. Cho ham sb y = —x* + 2x2 ¢6 dd thi nhu hinh bén. Tim tit ci cdc gia tri thuc ctia tham sb m
y 1 g 1ty
y

—_ -

1 0 X
dé phuong trinh —x* + 2x?> = m c6 bbén nghiém thuc phan biét. / ‘ \
A.m> 0. B.m< 1. C.oO<m<1. D.0O<m< 1.

Cau 12. Cho ham sd y = f(x) lién tuc trén R va c6 bang bién thién nhu hinh vé bén duéi:

X —00 -3 3 +00

Y - 0 + 0 -

+0o0 3
y \ / \
] oo

TAt ca c4c gid tri cia tham s& m dé phuong trinh f(x) = m c6 3 nghiém phan biét 1a
A.m € (—c0; 3). B. m e (—1; +00). C.me(-1;3). D. m € (—co; +00).

Cau 13. Cho cac khdi hinh sau:

[ {éy B

Hinh 1 Hinh 2 Hinh 3 Hinh 4

MBbi hinh trén gdm mot s6 hitu han da gidc phang (k€ ca cac diém trong clia né), sd da dién 16i chin chin
la

A. 3. B. 4. C. 1. D. 2.
Cau 14.
Hinh da dién duéi day c6 bao nhiéu canh? — Lo 7
A. 12 B. 16. C. 18. D. 19. I
5 SR
Cau 15. S6 mit phang dbi xiing ctia khdi tif dién déu la
A. 4. B. 2. C.o. D. 1.
Cau 16. S6 mit phang dbi xiing ctia hinh 1ap phuong 1a
A.9. B. 3. C.o. D.7.
Cau 17. Tinh thé tich cta khdi hdp chit nhat ABCD.A’B'C'D’ ¢c6 AB =3, AD = 4, AA’ = 5.
A. 20. B. 12. C. 10. D. 60.
Cau 18. Trong cic ham sb sau, haim sb nao dong bién trén (—oo; +00) ?
Ay=x+3x%+1. B.y=x+3x+3x+1.C.y=x*+2x*+ 1. D.y=x+2x>-x+1.
Cau 19. Cic khoang nghich bién ctia ham sdy = x* — 12x + 12 Ia:
A. (=00 =2). B. (—o0; =2); (2; +00).  C.(=2:2). D. (2; +c0).
Cau 20. Tim s diém cuc tri ctia ham s6 y = x* — 3x? - 3.
A. 4. B. 1. C.3. D. 2.
. . 1
Cau 21. Tim diém cuc dai ciaham s0 y = EX4 —-2x* - 3.
A. Xcp = \/E B. xcp = + \/E C. Xcp = — \/5 D. xcp = 0.
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Cau 22. Cho ham s6 y = f(x) c6 bang bién thién nhu sau.

Tim gia tri cuc dai ycp va gia tri cuc tiéu yer clia ham sb da cho. X =00 -2 2 +00
C. Ycp = 3 va Ycr = 0. D. Ycp = 3 va Yycr = -2. y - 3 \ . - +00
—0

Cau 23. Tim tap xdc dinh ctia ham sb y = (x — 1)3.

A.D = (—o0; 1). B. D =R\ {1}. C.D = (1; +0). D.D =R.
Cau 24. Do thi ctia ham sd y = x* — 3x — 2 ¢6 hai diém cuc tri 12 A, B. Tim toa do trung diém M cta doan
thang AB.

A. M(0; =2). B. M(2;0). C. M(-1;0). D. M(-2;4).
Cau 25. Tim tit ca céc gi4 tri cia tham s6 m d€ ham s6 y = —x® + 2x% — mx + 1 dat cuc dai tai x = 1.

A.m=1. B.m=-7. C.m=-1. D.m="17.

— 2
Cau 26. o thi ham sy = g TS c6 tht ca bao nhiéu dudng tiém can?
x —
A. 0. B. 2. C. 3. D. 1.
A . o A IR A VX + 3-2 N
Cau 27. SO tiém can dung cia do thi ham so y = xz—l la
x —
A. 2. B. 1. C. 3. D. 0.

Cau 28. Cho khdi ling tru tam gidc ABC.A’B’C’ c6 thé tich bang 1. Tinh thé tich V cta khoi chép
AA'B'C? 1 {

1
AV =—. B.V=-. C.V=- D.V =3.
2 3 4

Cau 29. Cho ling tru luc gidc déu c6 canh ddy bang a va khoang cach giita hai ddy ctia lang tru bang 4a.
Tinh thé tich V ctia ling tru da cho.

A. 634 B. 2V3d’. C.3V3d D. 934
Cau 30. Khdi td dién déu c6 tit ca cac canh bang a c6 thé tich 1a
3 3 3 3
AL B L3 c. LY2 p. LY
6 6 12 12
Cau 31. Tinh theo a thé tich V ctia khéi 1ap phuong ABCD.A’B'C’'D’ biét AC’ = a.
a’® V3d® V3d®
AV =—. B.V = . C.V =3+3d’. D.V = .
27 3 Via 9
Cau 32. Cho hinh chép tam gidc déu S.ABC c6 dd dai canh ddy bang a, canh bén SA = 2a. Tinh thé tich
ctia khdi chép S.ABC.
3 3 3 3
A.a\/ﬁ. B.am. C.a\/ﬁ. D.am.
3 6 4 12
Cau 33. Tinh thé tich cta khdi ti dién déu canh a.
a3 a2 a2
AV = . B.V = . C.V=ad. D.V = .
12 12 . 6
Ciu 34. [THPT Tién Hung, Thai Binh]Tinh thé tich V cia khdi 1ap phuong ABCD.A'B'C'DY, biét AC =
aV2.
3V6a® 1
AV = ‘/4—". B.V=d' C.V =3V3d. D.V=d.
Cau 35.
Duong cong sau la do thi ctia ham s nao dudi day? y
A.y=2x" -3+ 1. B.y=—-x*+5x2-1.
C.y=2x*-3x-1. D.y=x*+2x*-1.
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Cau 36. Cho ham s6 f(x), c6 bang xét dau f’(x) nhu sau:

x ~00 -3 -1 1 +00

() -0 + 0 - 0 +

Ham s6 y = f(5 — 2x) dong bién trén khoang nao dudi day?

A. (—oc0; =3). B. (3;4). C.(4;)5). D. (1;3).
N o X3
Cau 37. Chohamsoy = 1 Ménh dé nao dudi day dung?
x
A. Cuc dai ctia ham sd bang 2. B. Cuc dai ctia ham sb bang —6.
C. Cuc dai ctia ham s6 bing —3. D. Cuyc tiéu ctia ham sb bang 1.

Cau 38. Tim gid tri thuc clia tham s6 a d€ ham s f(x) = —x* —3x” +a c6 gi4 tri nho nhét trén doan [—1; 1]
bing 0.

A.a=4. B.a=2. C.a=0. D.a =6.

) + ) .
Cau 39. Cho hamsby = q (m 1a tham 55 thyic) thoa man miny = 3. Ménh dé nao dusi dy diing?
X - ;

A.1<m<3. B.3<m<4. C.m<-1. D.m > 4.

x—1

Cau 40. Cho ham so y= rnx2_—2x+3

tiém can?

. C6 tat ca bao nhiéu gid tri m d& do thi ham sb c6 ding hai dudng

A. 1. B. 2. C.0. D. 3.
Cau 41.
Cho hinh chép S.ABC c6 SA = BC = x, AB=AC =SB = SC =1 (tham khao hinh
v&). Thé tich khbi chép S.ABC 16n nhét khi gid tri x bing
a8 p. 2 ¢ p. 23
4 3 2 3

Cau 42. Cho khdi chép tii gidc déu S.ABCD. Goi M la trung diém cda S C, mit phang (P) chita AM va
song song Vi BD chia khdi chép thanh 2 khéi da dién. Dit V; 1a thé tich khdi da dién c6 chia dinh S va V,
. £ A e 2 VI
1a thé tich khoi da dién co chia day. Ti so 71 bang
2
V] 3 V1 2 V] 1 Vl

A, — =—. B. —=-. C.—=-. D.—=1.
V2 2 V2 3 V2 2 V2

Cau 43. Cho hinh chép S.ABC ¢6 ASB = 60°, BSC = 90°, CSA = 120°, SA = a, SB = 2a, SC = 3a.
Tinh thé tich V ctia khdi chép S.ABC.

a* V2 a3 a3 a2
A. = . B, = . . — . D. — .
v 12 v 2 cv 12 v 2
Cau 44. Choham sé y = f(x). Him s6 y = f'(x) y
¢6 do thi nhu hinh bén.Ham s6 y = f(2—x) dong bién trén khodng .
A. (=2; ). y=rw
B. (1;3). -/ TN\ 4

C. (2; +00). / 0 X
D. (—c0; =2).

Cau45. Choham s6y = x* — 3x> + 3(1 — m)x + 1 + 3m. Tim m d€ dd thi ham s6 c6 cuc dai, cuc tiu dong
thdi diém cuc dai va cuc tiéu cuing véi gbc toa dd O tao thanh mot tam gidc c6 dién tich bang 4.
A.m=1. B. m = +2. C.m=+1. D.m=-1.
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Cau 46. Cho phuong trinh sin x (2 — cos 2x)—2 (2 cos® x +m + 1) V2cos3x+m+2=3V2cos3x+m+2.

A A . A o 2
C6 bao nhiéu gia tri nguyén cua tham s6 m dé phuong trinh trén c6 dung 1 nghiém x € [O; ?ﬂ)?

A. 4. B. 3. C. 1. D. 2.

. -1 R o . ) [ .
Cau47. Choham so y = al ") c6 do thi (C). Goi I 1a giao diém cua hai tiém cén cua (C). Xét tam giac
X
déu ABI c6 hai dinh A, B thudc (C), doan thang AB c6 do dai bang

A.2V3. B. 2. C. V6. D.2V2.
CAu 48. Tit c4 gid tri ctia tham s6 m d€ phuong trinh x* — 2x?> — m + 3 = 0 ¢6 hai nghiém phan biét 1a
A.m > 3. B.m=3hoacm=2. C.m>3hoacm=2. D.m>-3.

. -1 \ o . ) [ .
Cau 49. Cho ham so y = al ") c6 do thi (C). Goi I 1a giao diém cua hai tiém cén cua (C). Xét tam giac
X
déu ABI c6 hai dinh A, B thudc (C), doan thang AB c6 do dai bang
A. V6. B. 2. C.2V3. D.2V2.

Cau 50. Cho ling tru tam giac ABC.A’B’C’. Mot mit phang (@) qua dudng thang A’B’ va trong tim tam
gidc ABC, chia khdi ling tru ABC.A’B’C’ thanh hai phan. Goi V/ 1a thé tich khéi da dién chita dinh C va V,

. . . Vi
la thé tich khoi da dién con lai. Khi do ti s Vl bang

Vi 19 Vv 8 1 1

1 B 1 Vl 7 D E 0

Al — = —. = C.—=—. .= = —.
Vo 8 Vo, 19 V, 10 Vo 17
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DAY TOAN THCS VA THPT PE KIEM TRA GIUA KI 1-TOAN 12
(Thdy Diing, DT:0943037206) Thoi gian lam bai: 90 phuit

Ma dé 2G106

Cau 1. Cho ham sd y = f(x) c6 dao ham trén khoang (a; b). Ménh dé nao sau diy diing?
A. Néu f(x) > 0,Vx € (a; b) thi ham s6 dong bién trén khoang (a; b).
B. Néu f(x) < 0, Vx € (a; b) thi ham s6 dong bién trén khoang (a; b).
C. Néu f(x) < 0, Vx € (a; b) thi ham s6 dong bién trén khoang (a; b).
D. Néu f(x) > 0, Vx € (a; b) thi ham s6 dong bién trén khoang (a; b).

Cau 2. Phit biéu nao sau day 12 sai?
A. Néu f’(x) d6i dau khi x qua di€ém x, va f(x) lién tuc tai x, thi ham sb y = f(x) dat cuc tri tai diém x,.
B. Néu f'(xp) = 0 va f”(xy) < 0 thi ham sb dat cuc dai tai xo.
C. Néu f'(x) = 0 va f”(xo) > 0 thi ham s6 dat cuc tiéu tai x,.
D. Ham s6 y = f(x) dat cuc tri tai xo khi va chi khi x 12 nghiém ctia dao ham.

Cau 3. Trong hé toa dd Oxy, cho dudng tron (C) c6 phuong trinh x*> + y* — 4x + 2y — 15 = 0. Goi I 1a tAm
ctia (C), dudng thang d qua M(1;-3) cat (C) tai A, B. Biét tam giac JAB c6 dién tich la 8. Phuong trinh
dudng thang d 1a x + by + ¢ = 0. Tinh b + c.

A.2. B. 8. C.o. D. 1.
Cau 4. Gia tri 16n nhit ctia ham s6 y = 2x* — 3x + 1 trén doan [—1;2] 1a
A. maxy = 2. B. maxy =11. C.maxy = 1. D. maxy = 15.
[-1;2] [-1;2] [-1;2] [-1;2]

Cau 5. Gid tri 16n nhit ctia ham s& y = V5 — 4x trén doan [—1; 1] bing

A.9. B. 1. C.O0. D. 3.

Cau 6. Gia tri 16n nhét ctia ham s6 y = x* — 4x” + 9 trén doan [—2; 3] bang
A. 201. B. 9. C.2. D. 54.

Cau7. b6 thi hamsb y = 2 _13 ¢ cac duong tiém can ding va tiém cin ngang 1an luot 1a
A.x=2vay=1. I%C._levéty:Z. C.x=-1lvay=2. D.y=-3vax=1.

X i ca A P ‘A A N
c6 duong ti€ém can dung, tiém cdn ngang la:

Cau 8. b6 thi hamsb y = A
x p—

A.x=2;y=1. B.x=-1;y=-2. C.x=1y=-2 D.x=1;y=2.
A N 4 3x+1 2 . N A~ P
Cau 9. Chohamsoy = w1 Khéng dinh nao sau diy diing?
5 ) 3 R 2 1
A. D0 thi c6 ham s0 ¢6 tiém can ngang lay = 5" B. DO thi ¢6 ham s6 c6 tiém can ding la x = ~5-
A . s N A A 2ot A A A . z N A 2ot A A 2, S 3
C. DO thi c6 ham so khong ¢6 tiém can. D. D6 thi ¢6 ham so c6 tiém can ding la y = 5
Cau 10.
DPudng cong & hinh vé bén 1a dd thi cia ham sd nao trong bén ham s6 & duéi y
day.
A.y=x-3x*+3. B.y=—x"+2x*+1.
C.y=-x+3x2+1. D.y=x'-2x*+1.

BV

Cau 11.
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Cho ham s6 y = f(x) c6 bang bién thién X | = -1 0 1 +00
nhu hinh bén. Haim s6 y = f(x) 12 ham s6 y -0 + 0 - 0 +
nao trong cic ham s6 sau day?

+00 -3 +00
Aoy =x*-2x*-3.
B.y=—-x*+2x*-3. Y \ / \ /
C.y=x*+2x"-3. —4 —4
1
__ 14 2 _
D.y= 4x + 3x° - 3. o
Cau 12. i
Hinh vé& bén 1a d6 thi ctia hAm s6 ndo trong cdc ham s duéi day? |
x—1 x—1 1—x 1—x ‘
A.y= Y= C.y= . D.y= , |
Y YT Y Y x Tt 1 R
_15 o X
Cau 13. S canh ctia khéi ti dién déu 1a
A. 8. B. 6. C.7. D. 5.
Cau 14. Cho mot hinh da dién. Ménh dé ndo sau day sai?
A. Méi dinh 13 dinh chung cta it nhét ba mit. B. Méi canh 13 canh chung cia it nhét ba mit.
C. Méi canh 1a canh chung ctia ding hai miit. D. Méi dinh 14 dinh chung cta it nhat ba canh.

Cau 15. Khdi td dién déu c6 bao nhidu mit phang db6i xting?

A. 2. B. 4. C.6. D. 3.
Cau 16. S6 mit dbi xiing ctia hinh chép td gidc déu 1a

A. 6. B. 2. C.4. D. 8.
Cau 17. Thé tich khbi lap phuong canh 2a bﬁng

A. 64°. B. 24°. C. 84°. D. 4.

2 . < 1 N <
Cau 18. Co6 bao nhiéu gid tri nguyén cta tham s6 m d€ ham s6 y = §x3 — 2mx? + 4x — 5 dong bién trén
R.
A. 2. B. 1. C.0. D. 3.

Cau 19. S giao diém ctia hai dudng congy = x> —xvay=x—-x*1a
A. 1. B. 0. C. 3. D. 2.

Cau 20. Tim s diém cuc tri ctia ham s6 y = x* — 3x? - 3.
A. 1. B. 2. C. 3. D. 4.

Cau 21. Biét d6 thi ham s6 y = x> — 2% + ax + b c6 diém cuc tri 12 A(1; 3). Khi d6 gid tri clia 4a — b 1a
A. 2. B. 4. C.1. D. 3.

Cau 22. Tim gid tri cuc dai ycp ciaham sd y = x* — 3x + 2.
A-yC}) =1. B. Ycp =4, C-yC}) =0. D-yCD =-1.

Cau 23. Tim diéu kién cta tham s6 m dé dd thi ham s6 y = mx* + (m> — x> + 1 — 2m c6 mdt cuc dai va
hai cuc tiéu.

A.m € (—co0; —1). B. m € (1; +00).
C.me (0;1). D.m € (—c0;0) U (1; +00).
Cau 24. Cho ham s6 y = x> — 3x? + 2. Khang dinh nao sau day ding?
A. Gid tri cuc tiéu ctia ham s6 bang 0. B. Gid4 tri cuc dai ciia ham sb bang 4.
C. Ham sb dat cuc dai tai x = 0. D. Ham sb dat cuc dai tai x = 2.

Cau 25. Gia tri nho nhit ctia ham s6 y = x* + 3x? trén doan [4; —1] bang
A. 0. B. 4. C. 4. D. -16.
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2
A A oA A b3 X . < A X — 5x + 4
Cau 26. Tim so ti€ém can cua do thi ham s0 y = ——————

x2—1
A. 0. B. 2. C.3. D. 1.
. . . ) X +5x+6
Cau 27. Tong so dudng tiém can cia do thi ham s0 y = ——— 1a
x2—-3x+2
A.3. B. 2. C. 4. D. 1.
Cau 28. Cho hinh chép déu S.ABCD c6 chiéu cao bing a V2 va do dai canh bén béng a V6. Thé tich khbi
chép S.ABCD.
3 342 1043 104 V2
A. 8“3\/5. B. Sag\r. C. 0“3 V3 D. 0“3 V2

Cau 29. Cho hinh hop chit nhat ABCD.A’B'C'D’ ¢c6 AB = 2 cm, AD = 3 cm, AA’ = 7 cm. Tinh thé€ tich
khdi hop ABCD.A’B'C'D’.

A. 42 cm®, B. 12 cm®. C. 36 cm’. D. 24 cm®.
Céu 30. Khi ting do dai tit ca cdc canh ctia mot khdi hop chit nhat 1én gip 3 thi thé tich khéi hop tuong
ling sé ting bao nhiéu 1an?

A. ting 9 lan. B. ting 6 lan. C. ting 27 lan. D. ting 18 lan.
Cau 31. Trong tt ca cac hinh chil nhét c6 cung dién tich 48 m?, hinh chif nhét c6 chu vi nhé nhit 1a
A. 16. B. 20 V3. C. 20. D. 16 V3.
Céu 32. Cho hinh chép tam gidc d&u S.ABC c6 do6 dai canh ddy bang a, canh bén SA = 2a. Tinh thé tich
ctia khdi chép S.ABC.
3 3 3 3

Cau 33. Cho hinh chép ti gidc déu S.ABCD c6 canh ddy bang 2a, canh bén bing 3a. Tinh thé tich V cda
khdi chép da cho.
4V7a* 4a® 4V1a3

A.V = 47, B.V = . V= —. D.V = .
V7a 3 C.V 3 1% 5

Cau 34. Cho khéi tif dién OABC véi OA, OB, OC vudng goc tiing do6i mot va OA = a, OB = 2a, OC = 3a.
Goi M, N lan ludt 1a trung diém cta hai canh AC, BC. Thé tich ctia khdi ti dién OCMN theo a bang
2a° 3a? 3

a
A.T. B. = C.Z. D.d’.
Cau 35. Ham sd y = f(x) x4c dinh, lién tuc trén R va c6 bang bién thién
X —00 1 3 +00
Y + 0 - 0 +
0 400
y / \ _
—00 -4

Khang dinh nao sau day ding?
A. Ham sb dat cuc tiéu tai x = 1 va dat cuc dai tai x = 3.
B. Ham s6 c6 gid tri cuc tiéu bang 3 va dat gid tri cuc dai bang 1.
C. Ham s6 c6 gi4 tri 16n nhit bang 0 va gid tri nho nhit bang —4.
D. Ham s6 c6 mdt cuc dai bang 0 va c6 mot cuc tiéu bang —4.

mx+1

Cau 36. Tim tit ca gid tri thuc ctia tham s6 m d€ ham s6 y = dong bién trén khoang (1; +00).

A.-1<m< 1. B.m>1. C.m>1. D.m < —1hoacm > 1.

. 1 < < .
Cau 37. Chohamsby = §x3 — (m+ Dx*> + (m? + 2m)x + 1 (m 1a tham sb). Gid tri ctia tham s6 m dé ham

s6 dat cuc tiu tai x = 2 12
A.m=1. B.m=0. C.m=2. D.m =3.
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Cau 38. Gid tri 16n nhit ciia ham s6 y = 27 L trén doan [2: 3] 1a > Khi m nhan gid tri bling
Al B. -5. ) 4 D. 1.

Cau 39. Chohamsb y = H—nf (m 13 tham s6 thuc) thda méin miny = 3. Ménh dé nao duéi day diing?
A.3<m<4. xBTm<—1. C.lSm[<’3]. D.m > 4.

+1

Cau 40. Tiép tuyén ctia d6 thi hAm sd y = 5 cung v6i hai dudng tiém cén tao thanh mot tam gidc ¢
X

dién tich bang
A. 4. B. 5. C.6. D.7.

CAu 41. Cho hinh chép S.ABC c6 day ABC la tam gidc vudng can tai B, AB = 2a; SAB = SCB = 90° va
gdc gilta dudng thang AB va mit phang (S BC) biang 30°. Tinh thé tich V ctia khéi chép da cho.
2V3d? 4343 8 V3d® V3d®

AV = . B.V= . C.vV= . D.V = .
3 9 3 3

Cau 42. Cho miit cau (S) va mit phazmg (P) cach tAm mit cau mot khoang bﬁng a. Mat phfmg (P) cat mit
cau (S) theo giao tuyén 1a mot dudng tron ¢6 chu vi 2 V3ra. Dién tich mit cau da cho 1a
A. 167a?. B. 127a’. C. 4na®. D. 8ra’.

Ciu 43. [THPT Lé Hong Phong, Nam Pinh]Cho hinh chép S.ABCD c6 ddy 1a hinh vudng canh a, canh
bén SA = a V2 va vudng goéc véi mit ddy. Goi H va K 1an ludt 12 hinh chiéu vudng géc ctia A 1én S C, S D.
Tinh cosin ctia géc gitta canh bén S B véi mit phang (AHK).

1 2 3 3
A. - B. Z. L) p. V3
2 5 5 2

A < A mx — 2m - 3 2,0 < 4 . < LA A s ., . A~ o

Cau 44. Cho ham s0 y = — v6i m la tham so0. Goi S 1a tap hop tat ca cac gia tri nguyén cua m
X—m

dé ham s6 dong bién trén cac khoang xac dinh. Tim s6 phan tii ctia S .

A. 5. B. 4. C. Vb sb. D. 3.

Cau 45. Co tt ca bao nhiéu gid tri nguyén ctia m d€ ham s6 y = x® + (m — 2)x° — (m* — 4)x* + 1 dat cuc
tiéu tai x = 0.
A. 5. B. 4. C. 3. D. Vo sb.

Cau 46. Biét ham s6 y = (x + m)(x + n)(x + p) khong c6 cuc tri. Gid tri nhd nhit ctia F = m? + 2n — 6p
la
A. 2. B. —4. C.2. D. -6.

Cau 47. Chohams6 y =

2 R . 2N ) PN
x2 ¢06 do thi (C) va diém M(xy; yo) € (C) (xo # 0). Biet rang khoang céach tu

X+
1(=2;2) dén tiép tuyén ctia (C) tai M 16n nhit, ménh dé nao sau day diing?
A. 2X() + Yo = 2. B. 2X0 + Yo = 0. C. 2X() + Yo = -4, D. 2X0 +Yyo = =2.
Ciu 48. C6 bao nhiéu gid tri nguyén cla tham sb m dé phuong trinh \3/m +3Vm+3cosx = cosx cé
nghiém.
A. 3. B. 5. C.é6. D. 4.

2 N . 2 ° . ., . o A ~
Z_x+m+ 3 c0 do thi (C,,). Tat ca cac gia tri cua tham so m dé (C,,)

. 1
Cau 49. Cho ham s0: y = §x3 — mx
cdt truc Ox tai ba di€m phan biét c6 hoanh dd xi, x,, x3 thda x> + x2 + x2 > 15 1a
A.m>1hoaicm<-1. B.m< —1. C.m>1. D.m > 0.
Cau 50. Cho hinh chép S.ABCD c6 ddy 1a hinh vuong. Biét SA = a V6 va SA vudng goéc véi mit phing
day, géc giita S C va mit phang ddy bang 60°. Dién tich ctia mit ciu ngoai tiép hinh chép S.ABCD la
A. na®. B. 8na’. C. 4na’. D. 2ra’.

---------- HET----------
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DAY TOAN THCS VA THPT PE KIEM TRA GIUA KI 1-TOAN 12

(Thdy Diing, DT:0943037206) Thoi gian lam bai: 90 phuit
Ma dé 2G107
Cau 1.
Ham s6 y = f(x) c6 bang bién thién nhu hinh X | =00 -2 0 2 +00
bén dong bién trén khoang nao dudi day? Y + 0 - 0 + 0 -
A. (0;2). B. (—o0; 3).

3 3
C.(-2;2). D. (-2;0). y _ \ / T~
00 1 —00

Cau 2. Ham s6 nao sau day khong c6 cuc tri?

2 + 1
Ay=-x*+2x2+3. B.y=x+3x% C.y=2x+——. D.y:x .
x+1 x—2
Cau 3. Trong hé toa dd Oxy, cho dudng tron (C) c6 phuong trinh x*> + y* — 4x + 2y — 15 = 0. Goi I 1a tAm
cua (C), dudng théng d qua M(1;-3) cit (C) tai A, B. Biét tam giac TAB c6 dién tich 1a 8. Phuong trinh
dudng thang d 1a x + by + ¢ = 0. Tinh b + c.

A. 6. B. 2. C.1. D. 8.
Cau 4.
Cho ham s6 y = f(x) x4c dinh va lién tuc trén doan [O; %], c6 do thi y
ham s6 y = f’(x) nhu hinh vé. Héi hAim s6 y = f(x) dat gia tri nhd nhét 27
trén doan |0; % tai di€ém x, nao dudi day? L
A.xp = 3. B. xp = 0. C.x = L. D. x = 2. # # A

2 . 2 1
Cau 5. Tim gid tri nhd nhit m ctia ham sd y = x? + = trén doan [5, 2].
X

17
A.m = 10. B.m:Z. C.m=23. D.m =5.
Cau 6. Gia tri 16n nhét ctia ham s6 y = V5 — 4x trén doan [—1; 1] bang
A. 0. B. 1. C.9. D. 3.

Cau 7. Cho ham sb y = f(x) xdc dinh trén R \ {—1; 1}, lién tuc trén mdi khoang xac dinh va c6 bang bién
thién nhu sau

Khang dinh nao sau day ding?
A. D6 thi ham s6 ¢6 hai tiém can ngang 1a cic duong thang x = 1 va x = —1.
B. D6 thi ham s6 c6 mot tiém cén ding 1 x = 0.
C. Do thi ham s6 c6 mot tiém cin diing 14 x = —2 va mot tiém cin ngang 1a y = 1.
D. Db thi ham s6 ¢6 hai tiém cin ngang 1a cac dudng thangy = -2 vay = 2.
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o N £ 2x + 1
Cau 8. Duong thang nao dudi day la ti€ém cén ding cua do thi ham so y = 3
X

A.y=2. B. x=-1. C.x=1. D.y=-1.

< 3x+1 5
Cau 9. Cho ham sby = 2x . Khing dinh nao sau day ding?

A . ~ N A 2ot A A S 3 A . z N A 2ot A A 2, S 1
A. D06 thi ¢6 ham sO c6 tiém can ngang lay = 5 B. D6 thi ¢c6 ham so0 c6 tiém céan ding la x = ~5-

C. Do thi ¢6 ham sb ¢6 tiém can ding la y = % D. D6 thi c6 ham s6 khong c6 tiém cén.
Cau 10.
DPudng cong & hinh vé& bén 1a dd thi cia ham sd nao trong bén ham s6 & duéi y
day.

A.y=x*-3x%+3. B.y=—x*+2x2+1.

C.y=-x+3x2+1. D.y=x'-2x+1.

Cau 11.
Cho ham sb y = f(x) c6 bang bién thién nhu hinh bén. X —00 -1 3 +00
S6 nghiém cla phuong trinh f(x) -3 = 01a y' + 0 - 0 4+
A. 2. B. 3. C.0. D. 1. 4 oo
y / \ /
—c0 )
Cau 12.

Cho ham s6 y = f(x) c6 do thi nhu hinh vé sau. Gid tri m d€ phuong trinh
f(x) = m c6 bdn nghiém phan biét 12
A.-4<m<-3. B.-4<m<-3. C.-4<m<-3. D.m>—4.

Cau 13. Hinh chép tif gidc c6 tong sb canh va sé dinh biang

A. 12. B. 8. C. 13. D. 5.
Cau 14. S canh ctia khéi ti dién déu 1a
A. 5. B. 8. C. 6. D.7.
Cau 15. Khéi td dién déu thuoc loai
A. {3;5}. B. {4;3}. C. {3;3}. D. {3;4}.
Cau 16. Khéi da dién déu loai {4; 3} c¢6 sb dinh 1a
A. 6. B. 10. C. 4. D. 8.
Cau 17. Mot khéi ling tru thé tich V, dién tich ddy S . Tinh chiéu cao & ctia khdi ling tru dé.
1% 3V 1% 1%
Ah=—. B.h=—. C.h=—. D.h=—.
6S S 35 S

2 . < 1 N »
Cau 18. Co6 bao nhiéu gid tri nguyén cta tham s6 m d€ ham s6 y = §x3 — 2mx? + 4x — 5 dong bién trén
R.
A. 1. B. 0. C.3. D. 2.
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Cau 19.

Cho ham s6 y = f(x) c6 d6 thi nhu hinh vé& bén. Haim s6 dong bién trén Y
khoang ‘ 3
A. (0;2). B. (-2;-1). C. (-2;0). D. (-1;0). | l
2| WAL
/4 0 \L/ x
“emrbs

Cau 20. Tim tit ca céc gi4 tri thuc ctia m d€ ham s6 y = mx* — (m + 1)x? + 2m — 1 ¢6 3 diém cuc tri.

m< —1
A.m< —1. B.m > —1. C.-1<m<0. D.[ .
m>0
n C oz 2x+3 e .
Cau 21. Chohamsoy = f(x) = 3 c6 bao nhiéu diém cuc tri?
X
A. 1. B. 2. C.3. D. 0.

Cau 22. Cho ham s6 y = f(x) c6 bang bién thién nhu sau.

Tim gid tri cuc dai ycp va gid tri cuc tiéu yer cia ham sé da cho. X | oo -2 2 +00
A.ycp =3 vayer = 2. B. ycp = 3 vaycr = 0. Y + 0 - 0 +
C.yCD:—2v21yCT:2. D.yCDZZVé.yCTZO. y _ 3 ~ 0/ +oo

— 00
|

Cau 23. Biét d6 thi ham s6 y = x> —2x% + ax + b c6 diém cuc tri 12 A(1; 3). Khi d6 gid tri clia 4a — b 1a
A. 4. B. 3. C.2. D. 1.

Cau 24. Cho ham sd y = f(x) c6 bang bién thién nhu sau. Ham s6 dat cuc dai tai diém

X oo 0 2 +00
Y - 0 + 0 -
=00 5
y \ / \
1 —0
A.x=5. B.x=1. C.x=2. D.x=0.
. . 1 o

Cau 25. Tim gia tri thuc cia m d€ ham s6 y = §x3 —mx> + (m2 - 4) x + 3 dat cuc tiéu tai x = 3.
A.m=5. B.m=-1. C.m=-T7. D.m=1.

Cau 26. Do thi ham sb nio sau diy cé ba dudng tiém can?

x+3 1 X 1-2x
Ay= . B.y-= . C.y= ) D.y= .

Y5 Y42 Y= & YT T
2 +1 5
Cau 27. Chohamsoy = x_l Khang dinh nao sau day dung?
x j—

A. D06 thi ham s6 ¢6 tiém can ngang y = —1. B. Do thi ham s6 ¢6 tiém cin ngang y = 1.
C. Do thi ham sb ¢6 tiém cin ngang x = 1. D. D6 thi ham s6 ¢6 tiém cén diing x = —1.

Cau 28. Cho hinh chép tii gidc S.ABCD c6 ddy ABCD 12 hinh vudng canh 2a, S A vudng goc véi mit phang
4 £ 3 8 3 . 2
day (ABCD).Thé tich khoi chopS.ABCD bang a . Tinh khoang cach tir A t6i mat phang (S BC).

A. a V3. B. 4a. C. 2a. D. a.

Céu 29. Hinh chép S.ABC c6 chiéu cao h = a, dién tich tam gidc ABC 1a 3a®. Tinh thé tich khdi chép

S.ABC.
3 a’
A. 5613. B. 34°. C. 3 D. 4.

Cau 30. Tinh theo a thé tich V ctia khéi 1ap phuong ABCD.A’B'C’'D’ biét AC’ = a.
3 3 3 3 3
AV = ‘/;“. B.V:;—T C.V= ‘/;“. D.V =3v3a,
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Cau 31. Cho khéi chép S.ABCD c6 didy ABCD 1a hinh thoi, biét AC = a, BD = a V2. Mit bén (SAB) la
tam gidc vuong cin tai S va nam trong mit phang vudng géc véi ddy. Khi d6 thé tich ctia khbi chép bing
a* V6 a> V6 a* V6 a> V6

A. . B. . C. . D. .
18 8 12 24

Cau 32. Cho khdi hop chit nhat ABCD.A’B'C’'D’ ¢c6 AB = a, AD = b, AA’ = c. Khi d6 thé tich khbi tif dién

ACB'D’ bing
abc abc abc abc
A, —. B. —. C.—. D. —.
6 3 4 2

Céu 33. Cho hinh hop ditng ABCD.A,B,C,D; c6 ddy ABCD 1a hinh vudng canh a, dudng thang DB tao
v6i mat phazmg (BCC,B;) mdt goc 30°. Tinh th€ tich khéi hop ABCD.AB,CD;.
a2

A. V2. B. &3 V3. C.a. D. 3

Céu 34. Cho hinh chép A.BCD c6 ddy BCD la tam gidc vuodng tai C, v6i BC = a, CD = a V3. Hai mit
phang (ABD) va (ABC) cung vudng goéc v6i mit phang (BCD). Biét AB = a, M, N 1an ludt thudc canh AC,
AD sao cho AM = 2MC, AN = ND. Tinh thé tich V ctia khbi chép A.BMN.

a@ V3 2433 @ V3 a3

AV = . B.V= . C.V= . D.V = .
9 9 18 v 3

Cau 35.
DPudng cong trong hinh sau 14 hinh dang d6 thi cia ham s6 nio trong cdc ham sb sau?
Ay=x-3x+1. B.y=—-x*+x-1. C.y=x*-x*+1. D.y=-x>+3x+1.

0} X

Cau 36. Tim tit ca céac s6 thuc clia tham s m dé ham s y = x* + x? + mx + 1 dong bién trén khodng
(=005 +00).

. C.m< D.m >

Wl &~
Wl &~

W =

1
A.m2§. B.m<

Cau 37. Tim céc gia tri clia tham s6 m d€ d6 thi ham s6 y = x* — 2mx® + 2m + m* c6 ba diém cuc tri 12 ba
dinh ctia mot tam gidc déu.
m=0

A. Khong tdn tai m. B. m = 3. C. . D.m = V3.
m=V3
, . 2mx+1 5 .
Cau 38. Gid trj 16n nhat cia ham s6 y = 222~ trén doan [2; 3] 1a = Kkhi m nhin gid tr biing
m-—Xx
A. 2. B. 1. C.1. D. -5.

2 + 2 N
Cau 39. Cho hamsby = % (m 1 tham s thic) théa man min = 3. Ménh & nio dudi day ding
X — 5

A.m > 4. B.1<m<3. C.3<m<4. D.m < -1.
A A N 4 X2 + 1 < fA 1A A

Cau 40. b6 thi ham soy = ¢06 bao nhiéu tiém can?
A. 0. B. 2. C.3. D. 1.

Céu 41. Cho m6t méanh gidy c6 hinh dang 1a tam giac nhon ABC ¢6 AB = 10 cm, BC = 16 cm, AC = 14
cm. Goi M, N, P 1an lugt 1a trung diém ctia AB, BC, CA. Ngudi ta gip manh gidy theo

cac dudng MN, NP, PM sau d6 dan trung céc cip canh AM va BM; BN va CN; CP va AP (cac diém A, B,
C tring nhau) dé tao thanh mot tif dién (xem hinh vé).
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N
Thé tich ctia khdi t dién néu trén 1a
280 10vV11 160 V11 20V11
A. £ cm?’. B. ;/_ cm?’. C. 3\/_ cm?’. D. ;/_ cm?’.

Cau 42. Cho hinh chép S.ABCD c6 ddy ABCD la hinh vudng canh a, SA = a va S A vudng goc véi day.

Goi M 1a trung diém S B, N thudc canh S D sao cho S N = 2ND. Tinh thé tich V ctia khéi ti dién ACMN.
1 1 1 1
AV =—da. B.V=-d C.V=-d D.V=—d.
36" 6 8" 12¢
Céu 43. Cho khbi chép S.ABCD c6 day 1a hinh vuong canh a, SA vudng géc véi ddy va S C tao v6i miit
phang (S AB) mdt géc 30°. Tinh thé tich V ctia khdi chép da cho.
243 2a° Vé6a®

AV = V248, B.V = . c.v=2% D.V= .
Vaa 3 3 3

Cau 44. Cho ham sb f(x) c6 dao ham f(x) = (x — 1)? (x2 - 2x) v6i moi x € R. C6 bao nhiéu s6 nguyén

m < 100 d€ ham sb g(x) = f(x2 —8x + m) dong bién trén khoang (4; +o0).
A. 84. B. 83. C. 82. D. 18.
Cau 45. Cho ham sd y = f(x) ¢6 dao ham f'(x) = x - (x — 1)*, Vx € R. Him s6 y = f(x? + x) c6 bao nhiéu

diém cuc tri?
A. 2. B. 3. C. 4. D. 5.
o 1 o . , e ot A1l
Cau 46. Mot vat chuyén dong theo quy luét s = —§t3 +61 v6i t (gidy) 12 khodng thdi gian tinh tif khi vat bit
dau chuyén dong va s (mét) 1a quing dudng vat di chuyén dudc trong khoang thdi gian d6. Hoi trong khoing
thoi gian 6 gidy, ké tit khi bit diu chuyén dong, van toc 16n nhit clia vat dat dugc bang bao nhidu?
A. 108 m/s. B. 18 m/s. C. 64 m/s. D. 24 m/s.

, 2
Cau 47. Cho ham sb y = ——
x+2

1(=2;2) dén tiép tuyén ctia (C) tai M 16n nhit, ménh dé nio sau day diing?
A.2x9 + Yo = -2. B. 2xy + Yo = -4, C. 2xp + Yo = 2. D.2xy + Yo = 0.

c6 dd thi (C) va diém M(xy; o) € (C) (xo # 0). Biét rang khoang cach tir

Cau 48. Goi d 1a dudng thang di qua A(1;0) va c6 hé sb géc m. Tim tit ca cdc gid tri thuc ctia tham sb m
d€ d cat dd thi ham s6 y = xt+2 (C) tai hai di€ém phan biét thudc hai nhanh ctia do thi.

A.m#0. Bom <o C.m>0vam#1.  D.m>0.
Cau 49. Cho cic ham sb y = £(x), y = fLf (O], y = £O2 +4) ¢6 db thi 1an lugt 1 (Cy), (C), (C3). Pudng

thang x = 1 cit (Cy), (C,), (C3) 1an lugt tai M, N, P. Biét phuong trinh tiép tuyén ctia (C;) tai M va ctia (C»)
tai N 1an lugt lay = 3x + 2 va y = 12x — 5. Phuong trinh tiép tuyén cta (Cs) tai P 1a

A.y=3x+4. B.y=4x+3. C.y=2x+5. D.y=8x-1.
Cau 50.
Cho khdi hop chit nhat ABCD.A’B'C’'D’ ¢6 thé tich bang 2110. Biét A’M = MA, A’ D’
DN = 3ND’ va CP = 2C’P nhu hinh v&. Mt phang (MNP) chia khdi hop thanh 2 ! CaN
khéi da dién. Thé tich khéi da dién nhé hon bing Me=2T"
7385 5275 8440 5275 o YP
A. 1—8 B. Y C. T D. T L______ D
AT
B C
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DAY TOAN THCS VA THPT PE KIEM TRA GIUA KI 1-TOAN 12
(Thdy Diing, DT:0943037206) Thoi gian lam bai: 90 phuit

Ma dé 2G108

Cau 1. Cho ham s6 y = f(x) xdc dinh va lién tuc trén khodng (—oo; +00) c6 bang bién thién nhu hinh bén
dudi. Ménh dé nao sau day ding?

X —00 -1 1 +00
Y + 0 - 0 +
2 +0o0
A. Ham s6 nghich bién trén khoang (—oo; 1). B. Ham s6 dong bién trén khoang (—1; +00).
C. Ham s6 nghich bién trén khoang (1; +c0). D. Ham sb dong bién trén khoang (—oo; —2).

Cau 2. Him s6 y = x* — 2x? + 5 ¢6 bao nhiéu cuc tri?
A. 0. B. 1. C. 3. D. 2.

3
al 7 trén doan [1;4]. Tinh

A . N PN 2 ., . 2, A N ., . 2 A 2 N A X
Cau 3. Goi d 1a hiéu cua gia tri 16n nhat va gia tri nho nhat cua ham s6 y = >

giatriciad?

A.d=2. B.d=5. C.d =4 D.d =3.
Cau 4. Tim gid tri I16n nhét va gid tri nho nhét cda ham sy = x + V18 — x2.

A.maxy = 3V2;miny = -3 V2. B. maxy = 6;miny = -3 V2.

C.maxy = 6;miny = 3 V2. D. maxy = 6;miny = 0.

Cau 5. Cho ham sb y = f(x) x4c dinh, lién tuc trén R va c6 bang bién thién nhu dudi day.

X —00 -2 0 2 +00
f(x) - 0 + 0 - 0 +

) h \ / : \ / -
2 2

Khang dinh nao sau dy 1a khang dinh ding?

A. D thi ham s6 khong cat truc hoanh. B. Ham sb dong bién trén khoang (—2; +00).
C. Ham s c6 gi4 tri 16n nhit bang 14. D. Ham sb dat cuc dai tai x = 0.
Cau 6. Tim gid tri nhé nhit ciia ham s6 y = x* + 2x* — 1 trén doan [-1;2].
A. -2 B. 2. C. 1. D. -1.
Cau7. b6 thi hamsb y = _1 c6 cac duong tiém can ding va tiém cin ngang 1an luot 1a
x —
A.x=2vay=1. B.x=1vay=2. C.x=-1lvay=2. D.y=-3vax=1.
2 3x+1 R 2
Cau 8. Chohamsoy = 1x_2 Tim phuong trinh dudng ti€m cén ngang cua do thi ham so.
—2x
3 3
Ay=—. B. x =3. C.y=3. D.x=——.
Cau 9. DS thi ham sb nao sau diy nhan dudng thang y = 2 1a mot dudng tiém can?
3 —2x+1 2x—1
Ay= aly B.y= Ay C.y=x-2 D.y= Al
x—2 2—-x 2—-x
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P 1 N P . 0 1
Cau 10. Chohamsdy = §x3 +x? = 2x+1 ¢6 dd thi (C). Phuong trinh tiép tuyén ctia (C) tai diém M (1; 5)

la
2 2
A.y=-3x+2. B.y:—x+§. C.y=3x-2. D.y:x—g.

Cau 11. Cho ham sb y = —x* + 2x? ¢6 d6 thi nhu hinh bén. Tim tat ca cac gia tri thuc ctia tham sd m
y 1 g 1ty
y

/
=

-1 O
dé phuong trinh —x* + 2x> = m c6 bdn nghiém thuc phan biét. / ‘
A.0O<m< 1. B.m< 1. C.0sm<1. D.m > 0.
. vV 1
Céu 12. Tap x4c dinh ciia ham s y = s Ia
(X2 =5x+6)V4—x
A.(-1;4)\ {2;3}. B. [-1;4)\ {2;3}. C.[-1;4). D. (-1;4]\ {2;3}.

Cau 13. Vat thé nao dudi day khong phai 12 khi da dién?

T A o

Cau 14. Hinh bat dién déu c6 bao nhiéu canh?
A. 16. B. 12. C. 24. D. 8.

Cau 15. Hinh ling try tam gidc d&u c¢6 bao nhidu mit phang d6i xting?
A. 1. B. 3. C.2. D. 4.

Cau 16. Hinh bét dién déu thudc loai khdi da dién déu nao sau day?
A. {3;3}. B. {5;3}. C. {4;3}. D. {3;4}.

Cau 17. Mat hinh chép c6 dién tich ddy bang 12 m? va thé tich khbi chép d6 1a 72 m3. Tinh chiéu cao &
ctia khéi chép do.
1
A.h=6m. B.h=18m. C.h:gm. D.h =28 m.

Cau 18.

Hinh bén 1a dd thi cdia ham s6 y = f/(x). Héi ham s6 y = f(x) dong bién trén 3’ |

khoang nao duéi day? |
A. (1;2). B. (0; 1). X

C. (0; 1) va (2; +00). D. (2; +co). -1, A,OP
_2 +

Cau 19. Trong cic ham sb sau, ham sb nao dong bién trén (—oo; +00) ?
Acy=x*+2x%+1. B.y=x+2x>-x+1. C.y=x>+3x+3x+1.D.y=x>+3x> +1.

Cau 20. Piém cyc tiéu ctia d6 thi ham s6 y = x* — 3x + 5 1a diém
A. P(7;-1). B. 0(3;1). C.N(-1;7). D. M(1;3).

Cau 21.
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Cho ham s6 y = f(x). Him s& y = f’(x) c6 do thi nhu hinh vé bén. Khang Y
dinh nao sau day 1 khang dinh diing?
A. Do thi ham s6 y = f(x) c¢6 hai diém cuc tri.

B. D6 thi ham s6 y = f(x) c6 ba diém cuc tri. 1

C. P thi ham s6 y = £(x) c6 mét diém cuc tri. /\

D. D4 thi ham sb y = f(x) cét truc hoanh tai ba diém phan biét. ol 1] 2 V x
-1

Cau 22. Biét do6 thi ham sb y = x> — 2x? + ax + b c6 diém cuc tri 1a A(1; 3). Khi d6 gi4 tri ctia 4a — b 1a

A. 3. B. 2. C. 1. D. 4.
. . 1 .

Cau 23. Tim m dé ham s f(x) = §x3 + mx* + (m* — 4)x dat cuc dai tai x = 1.

A.m=1hoacm=-3. B.m=-3. C.m=3. D.m=1.
Cau 24.
Cho ham s6 y = f(x) c6 do thi nhu trong hinh bén. Tim tap hop tt ca céc gia ﬁ
tri thuc ctia m d€ do6 thi ham s6 y = f(|x| + m) c6 5 diém cuc tri.

A. (1; +00), B. (—co: 1). C.(~1:400).  D.(=oc0:—1).

Y x
/ -1 1

Cau 25. Tim toa do diém cuc dai ctia d6 thi ham s6 y = x* — 2x% + 4.

A. (4;0). B. (0; 4). C. (0;2). D. (0; -4).
) . ) 2x -1
Cau 26. Sb dudng tiém cn cia db thi ham s lay = ——
x2—-3x+2
A. 0. B. 1. C.2. D.3
) . ) Vxi+9-3
Cau 27. S6 tiém can ding cia db thi ham s6 y = % Ia
X X
A. 0. B. 2. C.1. D. 3.
Cau 28. Cho hinh chép déu S.ABCD c6 chiéu cao béng a V2 va do dai canh bén bing a V6. Thé tich khdi
chép S.ABCD.
3 3 3 3
A 8a3\/§. B 8a3\/§' C. 10a3\/§. D. 10a3\/§'

Cau 29. Lang tru dung ABC.A’B’'C’ c6 day ABC la tam giac vuong tai A, BC = 2a, AB = a, mat bén
ABB’A’ 1a hinh vudng. Khi d6 thé tich ctia khéi ling tru bing
A2V B O V2 RaaL) p. 2V
6 2 6 2
Cau 30. Kim tu thap Ké - 6p & Ai cap dugc xay dung khoang nim 2500 truéc cong nguyén. Kim tu thap
nay 12 mot khéi chép tid gide déu c6 chiéu cao 147 m, canh ddy 14 230 m. Thé tich ctia n6 biang
A. 2592100 m®. B. 7776350 m®. C. 2592100 cm®. D. 388150 m°.

Cau 31. Cho khéi chép S.ABC c6 ddy 1a tam gidc déu canh a. Biét SC = a V3, hai mit phéng (SAB) va
(SAC) cung vuodng géc véi ddy. Thé tich khdi chép S.ABC bing
2V3 B, 2V . Yo p, 22V,
4 2 12 9
Cau 32. Khi do dai canh cta hinh 1ap phuong ting thém 2 c¢m thi th€ tich clia né ting thém 98 cm?. Canh
cua hinh 1ap phuong da cho la

A.

A.3cm. B. 6 cm. C.5cm. D. 4 cm.
Cau 33. Cho hinh chép tif gidc ddu S.ABCD c6 canh ddy bing a, goc SAC = 45°. Thé tich khéi chép d6
la
3 3 3 3
ALY B Y2 c. LV p, L2
4 2 3 6
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Cau 34. Cho khéi ch6p tam gidc déu S.ABC c6 canh ddy bing a, SA = a V3. Tinh thé tich V ctia khdi chép

S.ABC. \/_ \/_ \/_
24° 3a3 V3543 243
A. = . B, = . . — . D. — .
v 6 v 6 C.v 24 v 2
Cau 35.

Dudng cong trong hinh sau 12 hinh dang d6 thi ctia ham s6 nao trong cic ham sb sau?
Ay=x-3x+1. B.y=x*-x*+1. C.y=-x+3x+1.D.y=-x>+x-1.

0} X

Cau 36. Cho ham sd y = f(x) xdc dinh, lién tuc trén R va c¢6 dao ham cip mot xac dinh béi f/(x) = —x>—1.
Meénh dé nao sau day ding?

A. f(1) > f(0). B. f(0) < f(=D). C.f3) > f(2). D. f(1) < f(2).
) 243 \
Cau 37. Chohamsoy = al 1 Ménh dé nao dudi day dung?
X
A. Cuc dai ctia ham s6 bang —3. B. Cuc dai ctia ham s6 bang —6.
C. Cuc dai ctia ham s béng 2. D. Cuc tiéu ctia ham sb bang 1.

Cau 38. Trong tht ca cic hinh chif nhat c6 cuing dién tich 48m?, hinh chit nhat c6 chu vi nhd nhit 1a
A.20m. B. 16V3m. C. 16m. D. 20 V3m.

Céu 39. Cho mot tAm nhdm hinh vudng canh 12 cm. Ngudi ta cit &
bdn géc clia tim nhom dé bén hinh vudng bang nhau, mdi hinh vudng
c6 canh bang x (cm), r6i gdp tim nhom lai nhu hinh vé duéi day dé
dudc mot cdi hop khong nap. Tim x dé hop nhan dugc c6 thé tich 16n
nhit.

A x=2. B.x=6. C.x=4. D.x=3.

Cau 40. Cho ham s6 y = f(x) lién tuc trén R va c6 bang bién thién nhu sau

x —c0 -1 1 2 +00
S0 - + 0 + -
+00 2
-3 -4

Trong cdc ménh dé sau, ménh dé nao sai?
A. Ham s6 dat gid tri 16n nhét bang 2 va gia tri nho nhit biang —3.
B. D6 thi ham s6 ¢6 ding mot dudng tiém can.
C. Ham s6 dong bién trén khoang (—1;2).
D. Ham s6 ¢6 hai diém cuc tri.

Cau 41. Cho hinh hop chit nhat ABCD.A’B'C’'D’ ¢c6 dién tich toan phin bang 184> va do dai dudng chéo
AC’ biang V18a, (a > 0). Khi d6 thé tich 16n nhét ctia khbi hop chit nhat ABCD.A’B'C'D’ 1a

A. Vi = V8. B. Vi = 4a°. C. Vinx = 8°. D. Vi = 3@°.
Cau 42. Cho hinh chép ti gidc déu S.ABCD. Goi O 1a tim hinh vudng ABCD. Mot mit phang () bat ki

cit cdc canh bén SA, S B, S C, S D va doan S O 1an lugt tai cac diém M, N, P, 0, I. Chon dazmg thuc dung?
1 1 1 1 1 1 1 1
A

et = — + —. B. —+—=—+—.
SM SO SN SP SM SP SN SO
1 1 1 1 4 1 1 1 1

oottt = . D.—+—-—=—+—.

SM SP SN SQ SI SM SN SP SQ
Cau 43. [THPT Tién Hung, Thai Binh]Cho lang tru ding ABC.A’B’C’ c6 day la tam gidc vuong tai
A, AC = a, ACB = 60°. Puding chéo BC’ clia mit bén (BCC’B’) tao véi mit phang (AA’C’C) mét goc
30°. Tinh thé tich V ctia khéi ling tru theo a.

C
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a> V6 C.V- a6 24> V6
> V== . T
Céu 44. Cho hai ham s6 y = £ (x), y = g ().

Hai ham s6 y = £’ (x) viy = g’ (x) c6 dd thi nhu hinh vé bén,
trong d6 dudng cong ddm hon 13 do thi cia ham s6 y = g’ (x).

A.V = a® . B.V=

) 7\ .» .
Hamsoh(x) = f(x+3)—g (Zx - 5) dong bien trén khoang nao dudi day:

A (52) b (1:2) \

5 4

36 13
Jd—: . D.|—:;4].

[0: 8 101 X

y=gx

Cau 45. Gia tri cia tham s6 m d€ dd thi ham s6 y = x* — 2mx> + m — 1 ¢6 ba diém cuc tri, dong thdi ba
diém cuc tri d6 12 ba dinh ctia mot tam gidc ¢6 ban kinh dudng tron ngoai tiép bang 1 1a
m=1 m =1
1+ 5
A.mzl. B. :_1+\/§. C.m:iT. D. i_1+\/§.

m 3 m = 3

Cau 46. Cho phuong trinh sin x (2 — cos 2x)—2 (2 cos® x +m + 1) V2cos3x+m+2=3V2cos3 x+m+2.

) . ) 2
C6 bao nhiéu gia tri nguyén cua tham so m dé phuong trinh trén c¢6 ding 1 nghiém x € [O; ?ﬂ)?

A. 3. B. 1. C.4. D. 2.
2 R . 2x—1
Cau 47. SO duong tiém can cua do thi hamsoy = ———1a
V2 +x+2
A. 2. B. 1. C.3. D. 0.

Cau48. Cho ham s6 y = x> + x + 2 ¢6 dd thi (C). Tiép tuyén tai diém N(1;4) cta (C) cat do thi (C) tai
diém thi hai 12 M. Tim toa do diém M.
A. M(0;2). B. M(2;12). C. M(~1:0). D. M(=2; -8).
. 1 7 N . .z 4
Cau49. Chohamsdy = Zx“ — Exz ¢6 d6 thi (C). C6 bao nhiéu di€ém A thudc (C) sao cho tiép tuyén cla
(C)tai A cat (C) tai hai di€ém phan biét M(x;;y,), N(x2;y,) (M, N khdc A) théa man y; — y, = 6(x; — x»)
(7

A. 1. B. 3. C.0. D. 2.
Cau 50. Cho hinh chép S.ABCD c6 ddy 1a hinh vuong. Biét SA = a V6 va SA vudng goc véi mit phing
ddy, goc gitta S C va mit phang ddy biang 60°. Dién tich ctia mit cAu ngoai tiép hinh chép S.ABCD la

A. 8na’. B. 2na’. C. 4na’. D. na’.
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DAY TOAN THCS VA THPT PE KIEM TRA GIUA KI 1-TOAN 12
(Thdy Diing, DT:0943037206) Thoi gian lam bai: 90 phuit

Ma dé 2G109

Cau 1. Cho ham sd y = f(x) c6 bang bién thién nhu sau

X | —o0 -2 0 +00
Y — 0 + 0 +
+00 +0o0 +00
y \ / yd
1 -3
Ham sb da cho dong bién trong khoang nao dudi day?
A. (-2; +00). B. (-2;0). C. (—0;0). D. (-3; +00).

Cau 2.

Cho ham s6 y = f(x) c¢6 dd thi nhu hinh vé bén. Tim s6 diém cuc tri ctia ham s6 \ %,T /
y = fx.

Al B. 3. C.0. D. 2. W P

Cau 3. Ham sd y = f(x) lién tuc trén [—1; 3] c6 bang bién thién

X -1 2 3
Y - 0 -
2 5
y \ /
-2

Gia tri nho nhét ciia ham sb trén doan [—1; 3] 1a

A. 0. B. -2. C. 1. D. 2.
. . . 4 N
Cau 4. Tich cua gia tri nho nhat va gia tri I6n nhat cia ham so f(x) = x + — trén doan [1; 3] bang
X
2
A. 6. B. % C. 20. D. 63—5

2
Cau 5. Tim gid tri nhd nhit ctia ham s6 y =
19

A. min[2;4] y= ? B. min[2;4] y = 6. C. min[2;4] y= -3. D. min[2;4] y = =2.

+3
I trén doan [2;4].

A . . o A o < A 2 ~ 1
Cau 6. Tim gid tri nhd nhit m ctia ham sd y = x?> + = trén doan 5; 2|.
X

A.m=5. B. m = 10. C.m:14—7. D.m = 3.

Cau 7. Cho ham sb y = f(x) xdc dinh trén R \ {—1; 1}, lién tuc trén mdi khoang xac dinh va c6 bang bién
thién nhu sau
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Khang dinh nao sau day ding?
A. D6 thi ham s6 c6 mot tiém cén ding 1 x = 0.
B. D6 thi ham s6 ¢6 hai tiém can ngang 1a cic duong thang x = 1 va x = —1.
C. Do thi ham s6 c6 mot tiém cin ding 14 x = —2 va mot tiém cin ngang 1a y = 1.
D. Db thi ham s6 ¢6 hai tiém cin ngang 1a cac dudng thangy = -2 vay = 2.
Cau 8. Do thi ham s nao sau dy c6 ba dudng tiém cin?
x+3 X 1 -2x 1

. B.y=———. C.y= }
5x -1 Y x2—x+9 Y 1+x

Ay=

) 3x+1 N )
Cau 9. Chohamsoy = 1x_2 Tim phuong trinh dudng tiém can ngang cua do thi ham so.
- 2x

3 3
A.y=3. B. x=—. C.y=—. D. x =3.
y X 5 y 5 X
Cau 10. Cho (C): y = x> — 2x%. Tinh hé s6 gbc k clia tiép tuyén véi (C) tai diém c6 hoanh do x, = 1.
A.k=-1. B.k=1. C.k=-2 D.k=0.

Cau 11. Cho ham sd y = f(x) lién tuc trén R va c6 bang bién thién nhu hinh vé bén duéi:

X | -0 -3 3 +00
Y -0 + 0 -
+00 3
y S / \
-1 —00

Tt cé céc gia tri clia tham s6 m d€ phuong trinh f(x) = m c¢6 3 nghiém phan biét 1a

A.m € (—o0;3). B. m € (—c0; +00). C.me (-1;3). D.me (—]y: +00).
Cau 12. o
D6 thi nhu hinh bén 14 dd thi cia ham s6 nao sau day?

Ay=x*-2x+2. B.y=—x*+2x*+2.

C.y=x*+2x*-2. D.y=—x*-2x*+2.

Cau 13. Cho mot hinh da dién. Ménh dé ndo sau day sai?
A. Mbi canh 1a canh chung ctia it nhit ba mit. B. Mbi dinh 1a dinh chung cdia it nhit ba canh.
C. Mbi dinh 1a dinh chung ctia it nhat ba mit. D. Mbi canh 1a canh chung cla diing hai mit.

Cau 14. Khdi t dién déu c6 bao nhidu mit phang db6i xting?
A. 6. B. 4. C.2. D. 3.

Cau 15. Cho hinh bét dién déu canh a. Goi S 1a tdng dién tich tit cd cac mit ctia hinh bat dién d6. Ménh
dé nao dudi day ding?

A.S = V3d. B. S = 434 C.S =8d. D.S =234
Cau 16. Khbi bat dién déu 12 khdi da dién déu loai nao?
A. {5;3}. B. {3;4}. C. {3;5}. D. {4;3}.

Cau 17. Cho hinh chép ti giac S.ABCD c6 day ABCD la hinh vudng canh a, SA L (ABCD) va
S A = a V6. Thé tich ctia khdi chép S.ABCD bing
3 3 3
A G p 2V c. e p. 2%
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2 +1 5 5
Cau 18. Chohamsoy = )16— Khang dinh nao sao déy 1a khang dinh dung?
- X
A. Ham s6 dong bién trén khoang R \ {1}.
B. Ham s6 nghich bién trén cic khodng (—oo; 1) va (1; +00).
C. Ham s6 nghich bién trén cac khoang (—oco; 1) U (1; +00).
D. Ham s6 dong bién trén cac khodng (—oo; 1) va (1; +00).

2 . < 1 N <
Cau 19. Co6 bao nhiéu gid tri nguyén cta tham s6 m d€ ham s6 y = §x3 — 2mx? + 4x — 5 dong bién trén
R.
A. 1. B. 0. C.2. D. 3.

Cau 20. Piém cyc tiéu ctia d6 thi ham s6 y = x* — 3x + 5 1a diém
A.N(-1;7). B. P(7;-1). C. M(1;3). D.0@3;1).

Cau 21. Cho ham sd y = f(x) c6 bang bién thién:

X | =00 2 4 +00
Y + 0 - 0 +
3 +00
y / \ _
—00 -2

Khang dinh nio sau day 1a diing?
A. Ham sb dat cuc dai tai x = 3. B. Ham s6 dat cuc dai tai x = 4.
C. Ham sb dat cuc dai tai x = —2. D. Ham s6 dat cuc dai tai x = 2.

Cau 22. Tim diéu kién cta tham s6 m dé dd thi ham s6 y = mx* + (m> — )x> + 1 — 2m c6 mdt cuc dai va
hai cuc tiéu.

A.m € (1; +00). B. m € (—c0;0) U (1; +00).

C.m e (—o0;—1). D.m e (0;1).

Cau 23. Cho ham sb f(x) = —x* + mx? + n (v6i m, n 14 céc s6 thuc) dat cuc dai tai x = —1 va frp = 3. Tinh
P=m-n.

A.P =3. B. P = 4. C.pP=-3. D.P=4.
Cau 24. Ham sb y = Va + bx® c6 dao ham 1a
3bx? ; bx? bx
Ay = ——. B.y =3bx*Va+bx}. C.y = ——. D.y = ———.
2Va + bx? V(a + bx3)? 3Va + bx3

Cau 25. Gi4 tri nhd nhét ctia ham s6 y = x> + 3x? trén doan [—4; —1] bang

A. —16. B. —4. C. 4. D. 0.
R 2 +2
Cau 26. Phuong trinh dudng ti€ém cén ding cua do thi ham so y = al > la
x —
A.x=2. B. x=-1. C.x=-2. D.x=1.

Cau 27. Cho ham sd y = f(x) x4c dinh va lién tuc trén R \ {—1} c6 bang bién thién nhu sau:

X | —oo -1 +00
Y + +
+00 -2
y / /
-2 —00
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Khang dinh nao sau déy 1a khang dinh ding?
A. D6 thi ham s6 c6 tiém cin ding y = —1 va tiém cn ngang x = 2.
B. D6 thi ham s6 c6 tiém cin ding x = —1 va tiém cin ngang y = 2.
C. Do thi ham sb c6 duy nhat mot tiém can.
D. Db thi ham s6 ¢6 ba tiém can.

Cau 28. Mot khdi 1ap phuong c6 canh 4cm. Ngudi ta son d6 mit ngoai ctia khoi 1ap phuong rdi cat khodi
lap phuong bang cic mit phang song song véi cac mit ctia khoi 1ap phuong thanh 64 khdi 1ap phucng nhd
c6 canh Icm. C6 bao nhiéu khéi 1ap phuong cé diing mot mét dudc son do?

A. 8. B. 24. C. 16. D. 48.

Cau 29. Cho hinh chép S.ABC c6 S A vudng goc véi day, tam giac ABC vudngtai A,SA = 4,AB = 3,BC =
5. Tinh thé tich khi chép S.ABC.
A. 16. B. 24. C. 48. D. 8.

Cau 30. Cho khéi chép S.ABCD c6 ddy ABCD 1a hinh thoi, biét AC = a, BD = a V2. Mit bén (SAB) 1a
tam gidc vudng can tai § va nam trong mit phang vudng goc véi day. Khi d6 thé tich ctia khdi chdp bing
3 3 3 3
A LY B, LV c. LYo p. LY
24 8 12 18
Cau 31. Cho hinh bat dién déu canh a. Goi S 1a tdng dién tich tit ci cidc mit clia hinh bét dién d6. Ménh
dé nao dudi day ding?
A.S =23 B. S = 8d. C.S =434 D.S = V3d>.
Cau 32. Cho hinh chép S.ABC c6 day ABC la tam giac vuong tai B va canh bén S B vudng goc véi mat
phang ddy. Cho biét S B = 3a, AB = 4a, BC = 2a. Tinh khoang cach tit B dén mit phang (SAC).
4 12 V61 12 V29 3vV14
A. —a. B. \/_a. C. \/_a. D. V14
5 61 29 14
Céu 33. Cho hinh chép S.ABC c6 diay ABC la tam gidc déu canh a, canh bén S A vudng géc véi ddy. Tinh
thé tich khéi chép S.ABC biét S B = 2a.

da.

a3 a3 a3 pE
A. > B. 1 C.4. D.2.
Ciu 34. Cho khdi ling tru tam gidc ABC.A’B’C’ c6 thé tich 1a 3V. Tinh thé tich khdi da dién ABCA’C’
theo V.
A. 3—V B. 2V. C.V. D. 2—V
2 3
Cau 35.
DPudng cong sau 1 do thi ctia ham s nao duéi day? Y
Ay=-x*+5x2-1. B.y=2x*-3x+1.
C.y=2x*-3x*-1. D.y=x*+2x*-1.

Cau 36. Tim tit ca cdc gi4 tri cia m dé phuong trinh x* + 3x> — m + 2 = 0 c6 3 nghiém phan biét.
g p g ghiem p v

m<?2
A.2<m<6. B.m=2. C.m=6. D.[ .
m>6
Cau 37. Cho ham s6 y = f(x) ¢6 dao ham f’(x) = x*(x — 1)(13x — 15). Khi d6, s6 diém cuc tri ciia ham
. 5x
£ I
S0 f(x2 +4)
A. 2. B. 6. C.5. D. 3.

Cau 38. Tim m d€ gia tri nho nhét ctia ham s6 y = x> — 3x? — 9x + m trén doan [0; 4] biang —25, khi d6 hiy
tinh gia tri ctia biéu thic P = 2m + 1.
A. 3. B. 7. C. 1. D. 5.
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2017 + 20177 2017 -20177* R R
> ,8(x) = . Trong cac ménh dé sau ménh de

Cau 39. Cho hai ham s6 f(x) = >

nao sai?
A. Gia tri nhé nhét ctia ham sb f(x) trén tip R bang 1.
B. f(x) 12 ham s6 chén trén R.
C. g(x) 1a ham s6 1é trén R.
D. Ham sb g(x) nghich bién trén (0; +0o0).

A . £ X o s A x+ 1
Cau 40. Tim tat ca cac gia tri thuc cua tham so m sao cho do thi ham so y = PR s — co dung mot
x> —=3x>—m
tiém cin ding
m>0 m >0 m>0
Tlm < -4 Tlm< -4 “lm< -4

Cau 41. Cho khéi ling tru ABC.A’B'C’ c6 thé tich V. Diém P thudc canh AA’, Q thudc canh BB’ sao cho

D.meR.

PA B 1 o o Ao 12 s
= O = — va R la trung diém cua canh CC’. Thé tich khoi chop R.ABQP theo V la
PA” QB 4
4 1 1 2
A. V. B. -V. C.-V. D. V.
3 2 3 3

Cau 42. Cho khdi chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M 1a trung diém ctia S C. Mit phang
(P) chita AM va song song véi BD cit cdc canh S B, S D theo thif tu tai E va F. Ti s thé tich khéi td dién
S.AEMF v&i khbi da dién H (khbi chép S.ABCD bd di khbi da dién S.AEMF) bing
1
AL B. . c.2. D. 2.
3 2 3 7

Céu 43. Cho khbi chép S.ABCD c6 day 1a hinh vuong canh a, SA vudng géc véi ddy va S C tao v6i miit
phang (S AB) mdt géc 30°. Tinh thé tich V ctia khbi chép da cho.

2 3 2 3 3
AV=" B.vo Y22 v Yoo D.V = V24,
3 3 3
Céu 44. Cho hai ham sb y = £ (x), y = g ().
Hai haim s6 y = £’ (x) viy = g’ (x) c6 dd thi nhu hinh vé bén, Vi
trong d6 dudng cong ddm hon 12 do thi cia ham s6 y = g’ (x). 0
. T\ .» . =/
Ham sb 4 (x) = f (x + 3)-g (Zx - 5) ddng bién trén khodng no dudi day: '3
2
A. (6; 3_6). B. (7; _9). \ ,
5 4 810l X
13 36
=34 D.|—; .
(5) (3]
y=g

Cau 45. Tim tat ca céc gi4 tri thuc clia tham s6 m sao cho dd thi ciia ham s6 y = x* + 2mx? + 1 c6 ba diém
cuc tri tao thanh mot tam giac vuong can.
1
A.m=—1. B.m=—-——. C.m=1. D.m=—.
% %
Cau 46. Tim m d€ gi4 tri 16n nhit ciia ham sd y = |x* — 3x + 2m — 1] trén doan [0; 2] 1a nho nhit. Gi4 tri
cua m thudc khoang?

2 -3
A.|=:2]. B. [-1;0]. C. (0;1). D.|—;-1]|.
3 2
Cau 47. S dudng tiém can cla dd thi ham sb -1
u o O Ilg 1¢m C@.Il cua do 1 am Soy = —— ]a
Va2 +x+2
A. 3. B. 0. C.1. D.?2.

2 +1 5 2 .
Caud8. Chohamsoy = il ¢6 do thi 1a (C), duong thang d: y = x + m. V61 moi m ta ludn c6 d cat (C)
tai 2 diém phan biét A, B. Goi ky, k, 1an lugt 12 hé s6 gdc clia cac tiép tuyén véi (C) tai A, B. Tim m dé téng

ki + k, dat gid tri 16n nhit.
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A.m= -2, B.m=-2. C.m=1. D.m=-1.
Cau 49. Cho ham s bac ba y = f(x) c6 do thi nhu hinh vé

< 1
bén. S6 nghiém thyc cla phuong trinh | f(x* — 3x)| = 3 1a
A. 6. 2
B. 12. ) )
[l ) x

C. 10.
D. 3.

Cau 50. [THPT 2018-MA 101] Cho khéi ling tru ABC.A’B'C’, khoang céch tit C dén BB’bing 2, khoang
cach tit A d&én cic dudng thing BB’ va CC’ 1an lugt bang 1 va V3, hinh chiéu vuoéng géc clia A 1én mit

. o 2vV3 . . N
phang (A’B’C’) 1a trung diém M cta B'C’ vaA’M = T\/_ Theé tich khoi lang tru da cho bang
2V3
A2 B. T\/_ C. V3. D. 1.
---------- HET- - --------
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DAY TOAN THCS VA THPT PE KIEM TRA GIUA KI 1-TOAN 12
Thoi gian lam bai: 90 phuit

(Thdy Diing, DT:0943037206)
Ma dé 2G110
Cau 1. Cho ham sd y = f (x) c6 bang bién thién nhu sau
X | —oo -1 0 +00
Y + 0 - 0 + 0 -
-1 -1
—00 - —00
Ham s6 da cho dong bién trén khoang nao duéi day?
A. (1; +0). B. (0; 1). C. (—o0;1). D. (-1;0).
Cau 2. biém cuc tiéu ctia do thi ham sd y = x* — 3x + 5 12 diém
A. Q0@3; 1). B. N(-1;7). C. M(1;3). D. P(7;-1).
2 . -1
Cau 3. Gia tri 16n nhat cia ham s0 y = 3 trén [0; 2] 1a
1 1
A ——. B. -5. C. -. D. 5.
3 3
Cau 4. Tim gid tri I16n nhét va gid tri nho nhét cda ham sy = x + V18 — x2.
A.maxy = 6;miny = 0. B. maxy = 6;miny = -3 V2.
C.maxy = 3V2;miny = -3 V2. D. maxy = 6;miny = 3 V2.
Cau 5. Gid tri 16n nhit ctia ham s6 y = V5 — 4x trén doan [—1; 1] bang
A. 1. B. 9. C.3. D. 0.
Cau 6. Tim gid tri nhé nhit m cda ham s6 y = x* — 7x? + 11x — 2 trén doan [0; 2].
A.m = 3. B. m=0. C.m=11. D.m = -2.
. 3x+1 5 .
Cau7. Chohamsoy = 1x—2 Tim phuong trinh dudng ti€ém cén ngang cua do thi ham so.
—2x
3 3
A.y:—a. B.x:—i. C.y=3. D.x=3.
. N . 2x — 201
Cau 8. Tim so tiém cén cua do thi ham so y = x—(1)9
x —
A. 1. B. 2. C.3. D. 0.

) 3x+1 .
Cau 9. Chohamsoy = % Khang dinh nao sau day dung?
x —_—

A. D06 thi c6 ham s6 ¢6 tiém can ditng 13 x = -5 B. D6 thi c6 ham s6 ¢6 tiém cin ngang la y = >
C. Do thi ¢6 ham s khong ¢6 tiém can. D. D6 thi ¢6 ham s6 ¢6 tiém can diing 1a y = >

Cau 10. S giao diém clia d6 thi ham sdy = x + - va dudng thang y = 2x 1a
x —
Al B. 0. C.3. D. 2.

Cau 11.

Ham s6 ndo sau diy c6 do thi nhu hinh bén? y
Ay=x"-3x2+1. B.y=—-x*-2x*+1.
C.y=—x*+2x2+1. D.y=x'-2x*+1. |
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Cau 12.

Do thi ham s6 dugc cho & hinh bén 1 ctia ham s6 nao sau day? y
+1
A.y:x . B.y=x-3x
x—1 { 3
x_
C.y=x*-2x+1. D.y= . 2
y=X * YT 1

Cau 13.
Hinh da dién duéi day c6 bao nhiéu mat? L
A. 9. B. 15. C. 10. D. 14. A A D’
i ——
| ¢
Al . D
B ) C

Cau 14. Cho khéi ling tru ABC.A’B’C’, khoang cich tit C dén duong thang BB’ bang 2, khoang cich tir A
dén cac dudng thing BB’ va CC’ 1an lugt bing 1 va V3, hinh chiéu vudng goc ciia A 1én mit phing (A’B’'C’)
1a trung di€ém M cta B'C’ va A’M = 2. Thé tich ctia khdi ling tru di cho bing

2vV3
A. T‘F B. V3. C. 1. D.2.
Cau 15. Khéi bat dién déu 12 khdi da dién déu loai nao?
A. {4;3}. B. {5;3}. C. {3;4}. D. {3;5}.
Cau 16. Khbi da dién déu loai {4; 3} 1a
A. Khéi lap phuong. B. Khdi bét dién déu.
C. Khéi tii dién déu. D. Khéi chép tit gidc déu.

Cau 17. Cho khéi chép cé ddy 1a hinh vuong canh g, chiéu cao bang 2a. Thé tich ctia khdi chép da cho

bang
2 4

A. 4a. B. —a’. C.2d°. D. -a’.
a 3¢ a 34
Cau 18. S giao diém ctia hai dudng congy = x> —xvay=x-x*1a
A. 2. B. 0. C. 3. D. 1.

P 1 N <
Cau19. Himsoy = §x3 + (m + 1)x*> — (m + 1)x + 1 dong bién trén tap xac dinh ctia n6 khi:

A.-2<m<-1. B.-1<m<2. C.-2<m< -1 D.-2<m< 1.
Cau 20. Cho ham s6 y = x* — 2x? + 3. Khang dinh nao sau day ding?

A. Ham s6 chi c6 ding mot diém cuc tri. B. Ham s6 khong c6 cuc tri.

C. Ham s6 c6 ba diém cuc tri. D. Ham s6 chi c¢6 ding 2 diém cuc tri.

2 3 2 . R 2
Cau 21. Chohamsoy = % —2x2+3x+ 3 Toa do diém cuc dai cua do thi ham so I1a

A. (1;2). B. (1; -2). C. (3; 5) D. (-1;2).

. . 1
Cau 22. Tim m d€ ham so f(x) = §x3 + mx* + (m* — 4)x dat cuc dai tai x = 1.
A.m=-3. B.m=1. C.m=3. D.m = 1 hodc m = -3.

Cau 23. Choham sd y = ax® + bx?> + cx + d, v6i a, b, ¢ 1a c4c sd
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thuc va a # 0, c6 d thi nhu hinh bén. Khang dinh nao sau day sai? y

A. D6 thi ham s6 c6 diing hai diém cuc tri. )
B. Ham s6 dat gid tri 16n nhét tai diém x = -2. <o - - -
Crw=oe|" " | |
. X)=VU< . [ |
x=0 l 1 I
D.y <0, Vx € (=2;0). -2 0 1 X
-2
Céu 24. Cho ham sd y = x> — 3x? + 2. Khang dinh nao sau ddy ding?
A. Ham s dat cuc dai tai x = 2. B. Ham sb dat cuc dai tai x = 0.
C. Gi4 tri cuc dai ctia ham s6 bang 4. D. Gid4 tri cuc tiéu ctia ham s6 bang 0.

Cau 25. Cho ham s6 y = f(x) c6 bang bién thién nhu sau

X —00 -1 2 +o00
Y + 0 - 0 4
4 2
y / \ /
2 5

Ménh dé nao duéi day ding?

A. Ham sb khong c6 cuc dai. B. Ham s6 c6 bén diém cuc tri.
C. Ham s6 dat cuc tiéu tai x = 2. D. Ham s6 dat cuc tiéu tai x = 5.
) . ) 2-5x+4
Cau 26. Tim soO tiém cén ctia do thi ham so y = %
x [—

A. 3. B. 2. C.0. D. 1.

Cau 27. Do thi ctia ham sb ndo dudi day c6 tiém can ding
2 2
X =3x+2 X X
Aly=———, B.y= Vx2-1. C.y= . D.y= .
Y x—1 Y o Y x2+1 Y x+1

Cau 28. Cho khdi ling tru tam gidc ABC.A’B’C’. Khi d6 ti s6 thé tich giita khdi ti dién A’ABC vé6i khbi
lang tru la

1 2 1 1
A. —. B. —. C. - D. -.
6 3 2 3
Céu 29. Cho hinh chép S.ABC c6 ddy 1a tam gidc déu canh 2a va thé tich bing a’. Tinh chiéu cao & cia
khdi chép S.ABC?
3 3
A.h:%. B.h:%. C.h = 3a. D.h:%.

Cau 30. Cho hinh chép déu S.ABCD c6 AC = 2a, gbc giita mit phang (S BC) va mit ddy bang 45°. Thé
tich ctia khoi chép S.ABCD bing
3 24/3 3 3 2
A5 B. V2. C. \g“. D.“;f.

Cau 31. Cho ling tru tam gidc ABC.A’B’C’ ddy la tam gidc déu canh bing a. Géc giita canh bén va mit
phang ddy c6 sd do 45°, hinh chiéu ciia A 1én mit phang (A’B’C’) trung véi trung diém H cta B'C’. Thé
tich khéi ling tru ABC.A’B’C’ bing

3a° V3 3a® 3a® V2 a3

A. : B. —. . . . .
8 8 ¢ 8 D 8

Cau 32. Mot khéi ling tru tam gidc c6 ddy 1a tam gidc déu canh 3, canh bén bing 2 V3 tao v6i mit phing
ddy mot goc 30°. Khi d6 thé tich khbi ling tru 1a
9vV3 27V3 27
A.2V3d. ALY V3

c.—. D. =
2 4 4
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Cau 33. Cho ling tru tam gidc déu ABC.A’B’'C’ ¢6 canh ddy bing a. Mit phang (A’BC) tao véi mit phang
ddy géc 60°. Tinh thé tich V ctia khi ling tru ABC.A’B'C’.
3a° V3 a3 3a3V3 3a3V3

. B.V= . . : V= .
16 v 8 ¢ 4 D.v 8

Cau 34. Cho ling tru déu ABC.A’B'C’ ¢6 canh ddy bang a. Goi I 1a trung diém canh BC. Biét, goc giita
dudng thang A’ va mit phang (ABC) bang 60°. Tinh thé tich V ctia ling tru ABC.A'B'C’.

AV =

a3 3a° V3 a3 a3
AV = YRR B.V= T C.V= 1 D.V= g
Cau 35.
DPudng cong sau 1 do thi ctia ham s nao duéi day? Y
Ay=xt+2x% - 1. B.y=2x"-3x>+1. \ /
C.y=2x-3x"-1. D.y=-x*+5x2-1.
19) X

Ciu 36. C6 bao nhiéu s6 nguyén m d&€ ham s6 y = (m? — 1)x> + (m — 1)x*> — x + 4 nghich bién trén R ?
A. 3. B. 2. C. 1. D. 0.
d > 2019

Cau 37. Chohamsb f(x) = ax*+bx*>+cx+d véia, b, c,d € R;a > 0 vathda man )
8a+4b+2c+d-2019<0
Sé cuc tri cia ham s6 y = [f(x) — 2019| bing

A. 3. B. 5. C. 4. D. 6.

) ) ) 1
Cau 38. Chohamsoy = |2x2 - 3x- 1|. Tim gia tri I6n nhat cia ham so trén doan [5; 2].
A.maxy = 1. B. maxy = 2. C.maxy:§. D.maxy:Z.

Céu 39. Cho mot tAm nhdm hinh vudng canh 12 cm. Ngudi ta cit &
bdn géc clia tim nhom d6 bén hinh vudng bang nhau, mdi hinh vudng
c6 canh bing x (cm), rdi gip tim nhom lai nhu hinh vé du6i day dé
dudc mot cdi hop khong nap. Tim x dé hop nhan dugc cé thé tich 16n
nhat.

A.x=6. B. x =4 C.x=2. D. x =3.
Cau 40. Tiép tuyén clia do thi ham sb y = > ; I cung v6i hai dudng ti€ém can tao thanh mdt tam giac c6
X
dién tich bang
A.7. B.S. C.6. D. 4.

Ciu 41. Cho khéi ling tru tam gidc ABC.A’B’'C’ c6 day 1a tam gidc déu canh a. Géc gitta canh bén va day
bing 60°. Hinh chiéu ctia A’ 1én mit phang (ABC) 1a trung diém ctia canh BC. Khi d6 thé tich ctia khéi ling

tru bang
3 2 3 3 3 2
A s;/_ B. 8\/5 C. 3“8‘5 D. 3“8\F.

Cau 42. Cho hinh chép ti gidc S.ABCD c6 déy ABCD 1a hinh vudng canh bing a V2. Tam gidc SAD cén
2 A 4 A B 4 3 - R
tai S, mat bén (S AD) vudng goc véi mat phang ddy. Biet thé tich khoi chép S.ABCD bang %, diém N la
trung diém clia canh S B. Khoang céch tit diém N dén mit phang (S CD) bang
2

A. ga. B. ga. C. ga. D. %a.
Cau 43. Cho khdi chép S.ABCD c6 day 1a hinh vudng canh a, SA vudng goc v6i ddy va S C tao v6i mit
phang (S AB) mdt goc 30°. Tinh thé tich V ctia khdi chop da cho.
V243 2a° Ved?

AV = . B.V = V24 c.v="2% D.V= .
3 Vaa 3 3
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mx—2m-73

Ciud44. Choham s y = vGi m 1a tham s6. Goi S 1a tap hop tit ca cdc gid tri nguyén ctia m
xX—m

dé ham s6 dong bién trén cic khoang xac dinh. Tim s6 phan tif cla S .
A. 4. B. V0 s6. C.5. D. 3.

Cau 45. Tim tit ci cic gid tri thuc ctia tham s6 m sao cho dd thi ctia ham s6 y = x* + 2mx? + 1 ¢6 ba diém
cuc tri tao thanh mot tam giac vudng can.

A.m=1. B.m=—. C.m=-——. D.m=-1.
Vo \G
. 1 .
CAau 46. Mot vat chuyén dong theo quy luét s = —§t3 +612 v6i t (gidy) 1a khoang thdi gian tinh tii khi vat bat

dau chuyén dong va s (mét) 1a quing dudng vat di chuyén dudgc trong khoang thdi gian d6. Hdi trong khoing
thoi gian 6 gidy, ké tit khi bit diu chuyén dong, van toc 16n nhit clia vat dat dugc bang bao nhidu?
A. 64 m/s. B. 24 m/s. C. 18 m/s. D. 108 m/s.

Cau 47. C6 bao nhiéu gid tri nguyén ctia tham sd m thudc doan [—100; 100] d€ do thi ham s6

B ymx2 + (m2 - 5m)x + 4

Y x—2

c6 dung 3 tiém can.

A. 99. B. 98. C. 100. D. 101.
Cau 48.
DPudng cong & hinh duéi 1a dd thi ctia mot trong bén ham s6 & dudi day. Ham s6 d6 y
12 ham s6 nao?

Ay=x*—x*-1. B.y=-—x*+2x2-2

C.y=—x*+x*+2. D.y=—-x*-x*+2.

[ Jo 1 x

-2 R 0 . ) [ oA
al > ¢6 do thi (C).Goi I 1a giao diém cuia hai tiém can cia (C). Xét tam giac déu

Cau49. Chohamsd y =
X+

ABI c6 hai dinh A, B thudc (C), doan thang AB c6 do dai bang:
A.4. B. 2V2. C.2. D.23.

Céu 50. Khdi hop chit nhat ABCD.A’B'C’'D’ ¢6 day ABCD 1a hinh vuéng. Biét tdng dién tich tit ca cac
miit ctia khdi hop d6 1a 32. Tinh gid tri 16n nhit Vi, clia thé tich khdi hop ABCD.A’B'C'D.

4
AV, = 69—\/5. B.V,. = @ C.V,, = @. DV, = 809—‘/5.
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PAP AN CHI TIET MA PE 2G101
Bién dich: Ngay 2 thdng 11 nam 2020

Cau 1. T bang bién thién ta thiy ham s6 di cho dong bién trén cic khoang (—oo; —1) va (0; 1).
Chon dép an @

Cau 2. S6 diém cuc tri cia do thi1a 2.

ChQﬂdépéﬂ@
x:OG[O;‘/g]
Ciuld. y=x'-224+3=2y =4 -4x=0¢& x:le[O;\/g]
x:—1¢[0;\/§].
0) =3 y(1) = 2;y(V3) = 6.
Vay M = 6.
ChQndépain@
Caud. Tacé:y = 16x — 4x°.
x=0¢€e[-1;3]
Nény =0 16x—-4x =0 |x=2¢€[-1;3]
x=-2¢/[-1;3].
Khi doé: f(-1)=7; f(3) = -9; f(0) = 0; f(2) = 16.
iy pigy = -5
ChQﬂdépéﬂ@
Y —m—2 —m=2
Cau 5. Pitr = e Tit f(x) = —— = tacé f(x) = g(t) = ——=.
5 ) e —m 5 2t—m
o mmtAm+2 o —mtAm+2
Tacog'(r) = m va f'(x) = f'(t).t'(x) = m.e .

Ham f(x) dong bién trén (In 4; 0) tuong duong g(r) déng bién trén (4: 1). Khi do

—m?+m+2>0 “l<m<2 1<m<?2
2€(11)® m>11®l1< 1
m - —<m< -
4 < - 2 ="M=3
4
PO 1
Suy ra gia tri 16n nhat cua m la ~5
Chon dép an (B)
A NP ) 2 202 L
Cau 6. Tap xacdinh D =R\ {0}. Tacoy =2x—- — = >—. Bang bién thién:
X X
x| 3 1 2
y - 0 +
17 5
4
3

Chon dép an @

Cau7. x2 —-16=0 & x=-4 hay x=4. Tacod lim —x2—3x—_4x2—1600

x——4

< g 2_3x—d4x2— .
va lim & 3x:4x 16 hmx+1x+4§

~—3. Nén dd thi ham s6 c6 mot dudng tiém can ding.

x—4 x—4

Chon dép an @



1-2 +3 .
x’ y = al do hai ham s0 nay chi ¢6 2 dudng tiém cén.
1+x S5x-1

Cau 8. Loai ngay hams6 y =
. 1
Xéthamsoy = ——:
- X
Tap xac dinh: Z = R\ {£2}.
lim y = 0 nén do thi ham s cé duong tiém can ngang lay = 0.

X—+00
limy =400, limy = —cova lim y = —oo, lim y = +oco nén do thi ham so c6 2 dudng tiém can ding la
x—2" x—2* x—=2" x—=2*

X = +2.

Chon dap an @

Cau 9. Do thi ham s c6 dudng tiém can diing x = 1 va tiém cin ngang y = 2.

Chon dép an

Cau 10. Quan sat dd thitacéa < 0.

Do thi cat truc tung tai diém c6 tung do duong nén ¢ > 0.
Ham s6 cé badiém cuc trinéna-b <0 = b > 0.

Vay ham s6 can tim 1a y = —x* + 2% + 2.

Chon dép an @

Cau 11. S6 giao diém cia d6 thi ham sd y = x> + 3x% + 1 va dudng thang y = x + 1 bing sb nghiém cta
phuong trinh
C+37+1=x+1 (1)

x=0
exxX+3x-1)=0e 3+ VI3
X = T.
= phuong trinh (1) c6 3 nghiém phén biét
Két luan: C6 3 giao diém phan biét.
Chon dap ain@
x+1>0 x>-1
Cau 12. Didukién: {x* - 5x+6 20 © {x ¢ {2;3} © x e [-1;4)\ {2;3}.
4-x>0 x<4

Vay tap x4c dinh ctia ham sb 1a: [-1;4) \ {2;3}.

Chon dép an

Cau 13. Quan sat bon hinh trén ta thiy chi c6 mot hinh thif tu tif trdi qua 1a hinh da dién 16i vi 1iy bat ky
hai diém nao thi doan thang néi hai diém d6 nam trong khdi da dién.
Vay chi c6 mot da dién 19i.

Chon dap an

Cau 14. MJi canh cta hinh da dién la canh chung cta diing hai mit, nén ddp an “MJdi canh Ia canh chung
clia it nhat ba mit” sai.
Chon dép an (C)

Cau 15. S dinh ctia hinh mudi hai mit déu 14 20 dinh.
Chon dép an @

Cau 16. Mt phang d6i xting ctia khdi tif dién déu 1a mit phang chita mot canh cia td dién dong thoi di qua
trung diém cia canh dbi dién ctia no.
Chon dap an @

. ) R 1
Cau 17. Cong thic tinh thé tich khoi chép ¢6 dién tich day B va chieucao hla 'V = §Bh
Chon dép an @



Cau 18. Ham sb dong bién trén R khi va chi khiy’ > 0 v6i Vx € R va diu bing xay ra tai hitu han diém.

1 1
TaCé¢y=x3—x=>y’=3x2—1ZO@xG(_oo;—— —;+00).
V3

V3
y=x+x=Yy =3x>+1>0Vx €R, nén chon ddp 4n.
y=x*+1=y =2x>0 & x € [0; +0).
y=x*+2x =y =4x +4x >0 & x € [0; +0).

Chon dap an

Cau 19. Tir d6 thi ta c6 ham sb dong bién trén khoang (—oo; —1); (1;+00) va ham sd nghich bién trén
(=1;1). Suy ra ham s dong bién trén khoang (-2; —1).

Chon dap an

U

x=-1
Cau 20. Xétphuongtrinhy =0 & 4x* —4x=0= |[x=0
x=1.
LAap bang bién thién ctia ham s6:
X | -0 -1 0 1 +00
1 (x) - 0 + 0 - 0 +
+00 3 +00
S \ / /
2 2
Tir bang bién thién, gid tri cuc tiéu cia ham sd 13 yor = 2.
Chon dap an
Cau 21. Tap xac dinh cia ham s6 = R.
+Pao ham y’ = 2x* — 4x.
02X -4x=0 x=0
+y=02x-4x=0s
g x=%V2
) 1 . PPN
+Vihésoa= > > 0 nén diém cuc dai cua ham so 1a xcp = 0.
Chon dép an @
A ’ x =
Cau22. Tacéy =3x*-6x;y =0 & [
X =
Bang bién thién
X | —oo 0 2 +00

y + 0 — 0 +
4 +00
y / \ /
—00 0

Tt bang bién thién suy ra ycp = 4, yer = 0.
Vay hiéu sb gitta gid tri cuc dai va gid tri cuc tiéu bang 4.
Chon dép an @




Cau23. Tacéy =3mx> +2x+m?> —6,suyray’ = 6mx + 2.
Péhamsé datcuc tiCutaix=1=y(1)=0=2m?>+3m-4=0om=1Vvm=—4.
Xét dicu kién y’(1) >0 @ 6m+2>0 & m > -3 thi c6 gia tri m = 1 thdéa man.

Vay m = 1 1 gid tri can tim.

Chon dap an @

Cau2d. Tacéy = x> —2mx +m*> —4 vay” = 2x —2m.

m=1
. 1 . ‘3)=0
Hélms()y:—x3—mx2+(m2—4)x+3datcuctiéutaix:3<:> S & [m:S om=1l.
3 '3) > 0 i
m <

Chon dap an @

Cau25. Tacoy=f(x)=x —2x>+ax+b =y =3x> —4x +a.
fy=3 {a+b:4 {azl
= =

Do thi (C) ¢6 diém cuc tri la A(1;3) = {°
Fy=0  \a=1 b=3.

Th lai y” = 6x — 4.

"MH=0 . .
f,,() = ham so dat cuc ti€u tai x = 1 nénnhana =1 va b = 3.
(1)=2>0
Vay P = 7a + 8b + 84ab = 283.
ChQﬂdépéﬂ@
2x—1>0 1
N > _
Cau 26. Didu kién xac dinh \/Zx—l—x;tO(:){xZ
s+x+l1>0 X FL
Ta co
o V52 +x+1
111’}'17—:_00
e Taco V2x—1-x = x = 1 1a mot tiém cén ding ctia d6 thi ham s6.
V5x2 +x+1
llm—:+00
oI A\R2x—1-x
5+1+1 5+1+1
V5x2 + x+ 1 Wi V- " x 2
o lim 22X TYT 1 _ im X X _ lim X X _\5o x=—+51amot

tiém can ngang cta do thi ham so.

Vay, dd thi ham s6 di cho c6 mot tiém can ditng va mot tiém cin ngang.
Chon dap an @

Cau 27. Tap xac dinh & = [-9; +00) \ {—1;0}.
Vx+9-3

lim = +00
-1t X2+ x

Ta co = x = —1 la tiém cén dung.
. Vx+9-3
lim ———— = -
x—-=1- X+ X
. . Nx+9-3 1 ) o
Ngoai ra lim ————— = — nén x = 0 khong thé la mét tiém can dugc.
-0 X2+ X 6

Chon dép an @



Cau 28.

Goi H la trung di€ém cta AB.

Vi ASABdéunén SH L AB

Ma AS AB nam trong mit phang vudng goéc véi (ABCD) va
(SAB) N (ABCD) = AB. Khi d6 SH L (ABCD).

ViSH 1 (ABCD) = SH 1L HC = HC la hinh chiéu ctia
S C 1én mit phang (ABCD).

(SC;(ABCD)) = (SC; HC) = SCH = 30°.

SH

Xét AS HC vudng tai H ta c6: tan SCH = e (D).
N N N .. N (l\/§
Ma S H 1a duong cao trong tam giac déu canha = SH = -
av3
SH 3
Te(l)= HC = ——— = -2 - ¢
tanSCH 1 2
V3
Xét ACBH vudng tai B.
9 2 2
CHZ:CBZ+BH2@% :CBZ+aZ<:>CB2:2a2<:>CB:a\/§.
Sascp =AB-BC=a-aV2=a*V2.
1 1 av3 a6
Viay V==§ “SH=-a*V2-— = )
ay 32 ABCD 361 V2 5 6
Chon dap an @
Cau 29.
Ta c6 Vagcpagop = AB-AD - AA” = 42 cm. A’
7,
D’ I
At
3/
D
Chon dap an @
Cau 30.
) AC =2a
Ta c6 AC = 2AB = 2a & AB = BC = VAC? - AB? =
=a
a3,
Suy ra S agcp = AB - BC = a®> V3.
1 1 36
Khid(,)VS.ABCD: gSA'SABCD: g -a 2'(12\/§: a 3\/_
) a* V6
Véy Vs apcp = 3




Chon dap an @

A R A o S
Cau 31. Ta c6 tong dién tich hai ddy 1a S nén dién tich mdt day la 5

Ap dung cong thiic: V =

Chon dédp an

Cau 32.

Do hinh chép S.ABC ddy la tam giac vudng tai BvaSA L (ABC).

h-£<:>h:2—v.
2 S

Suy ra, thé tich V ctia khdi chép S.ABC la

1
V:—SA-SABC:—SA-—BA-BC:g3a-2a-a:a3.

3

Chon dap an

Cau 33.

1 1 1
3 2

Vi ddy 1a tam gidc déu canh bing 3 nén dién tich ddy 1a

1
S:§-3-3-sin60°:

Vi ling tru da cho 12 ling tru ditng nén chiéu cao chinh 13 d6 dai canh bén

943
—

h =3.

o ) 9vV3 273
Thé tich khéi tru 1A V = § -/ = T‘/_-3 - T\/_'
Chon dap an @

Cau 34.
Chon dap an @

Céu 35. T do thi ham sb da cho ta thiy
e lim y = —c0. Do d6, loai y = x* — 2x% — 1.

X—+00

Al

e D6 thi ham s6 dat cuc tiéu tai diém (0; 1). Do d6, loai y = —x* + 2x% + 1.
e D6 thi ham s6 dat cuc dai tai diém (+1; 1). Do d6, loai y = —x* + 2x?> + 1 vachony = —2x* + 4x? — 1.

Chon dap an @

Cau 36. Dua vao do thi ham sd ta c6 bang bién thién sau:

X | —oo -2 0 +o00
Sf(x - 0 + 0 - 0 +
+oo f(0) +00
o T~ T~
f(=2) f(2)

C/




T bang bién thién ta thiy ham sb y = f(x) nghich bién trén khoang (0; 2) 1a ding.
Chon dap an @

Cau37. Tacéy = 3(x—m)* - 3.
x=m-—1

Xéty =0

x=m+ 1.

Ta thly m — 1 # m + 1 nén ham s6 ¢6 2 diém cuc tri.

Vi ham s da cho 12 ham s6 bac ba véi hé s6 @ > 0 nén ham sb c¢6 diém cuc dai 1a m — 1, c6 diém cuc tiéu

lam+ 1.

Goi m; 1a gid tri 1am cho db thi (C,) nhan M lam di€m cuc dai, m, 1a gid tri 1am cho dd thi (C,) nhan M lam

diém cuc tiéu.

Theo débai,tacéa=m -l =m+1=>m —my =2 & m =2+ m,.

Khi d6 (C) va (C,) tiép xtic nhau tai M, do d6 hé phuong trinh

(x—m) =3x+m = (x-m)’ -3x+mj N
conghitmx =a=m —1=my + 1.

3(x—m)?=3=3x—m)* -3

= My = ——=.

(my+1—my =2 +(my +2)* = (my + 1 —my)* + mj 1
Suy ra 5
m+1-m -2y =m+1-m 2

1 ) .. 1 1
Véykhimzz—EhémsédatcLIctiéutalx:—§+1 :a:>a:§.

0 1
Gia tri cuc tieu b = T suyra S = 504.

Chon dép an

Cau 38. Tacé f'(x) = -3x> — 6x.

x=-=-2
Suyra f'(x) =0 &
x = 0.

Ma f(0) = a, f(~1) =a—2, f(1) = a—4.
Vay [f_nlllll] S(x) = min{f(-1); f(0); fF(D}=a—4.
Ma[_rllliilq]f(x) =0néna-4=0a=4

Chon dap ain@

Cau 40. Xét phuong trinh x> —3x> —m =0 = x* - 3x* = m.
x=0

bit f(x) =X -3x* = f(x) =3x* -6x=0=> 5
x=2.

TH1: x = —1 la nghiém ctia mau

=2-1-3-m=0=>m=-4

L x+1 1 s A
Khi do (C): y = = cO mot tiém can dung.

+ D(x—27  (x-2
Nén m = —4 thoa man yéu cau cua bai toan (1).
TH2: Néum + —4
S6 tiém can ding 12 s6 giao diém ctia d6 thi ham s6 f(x) = x* — 3x? va dudng thang y = m khong tring vdi
nghiém x = —1.
Ta c6 do6 thi ham s6 y = x> — 3x? nhu sau:




x+1

DéE dd thi ham s6 y = c6 ding mot tiém can ding thi phuong trinh x* — 3x? = m c6 nghiém

) X3 =3xr-m
duy nhat khac x = -1
Dua vao do thi, phuong trinh x* — 3x? = m c6 diing mot nghiém khac x = —1 khim > Ohodcm < -4 (2).
m >
Tu(l)va(2) =
(1) va(2) m< 4

Chon dap an @

Cau 41.

Goi (@) 1a mit phang di qua A va vudng géc véi S C.

Tacd SA = AC = a V2 nén tam gidc SAC vudng can tai A.
Do d6 C’ 1a trung diém ctia S C.

Goi I =SONAC, tacd I latrong tdm tam giac SAC.

_ ... (BDL1LAC
Miit khic — BD 1L (SAC) = BD 1 SC.
BD 1 SA
Suy ra BD || (@).
(SBD)N (a) = B'D' = B'D' || BD.
B'D’ I 2 2 2V2
Ta ¢6 _SL_2 gy 2pp o 2V
. BD SO 3 3 3
Thé tich khoi chép S.AB'C'D’ 1a
1 1 342
V=x=8SC: -Sapcp =-5SC"-AC"-B'D" = a \/_
3 6 9
Chon dép an @
Cau 42. v
Goi V = Vs apcp = Vs.apc = Vsapc = 7
SI 2
Trong mit phang (SAC), goil = SONAM = 50" 3

Trong mit phang (S BD), dung dudng thang di qua I va song song véi
BD cat SB, S D lan luot tai E, F.
Suy ra thiét dién ctia (P) va khdi chép chinh 1a ti gidc AEMF.
o 3 . SE _SF SI 2
DOdOVl = VS.AEMFa V2 = V—Vl VaSl_B = S_D = S_Ol = 5

Tac(,):VS.AEM:g_%:%.l:—::»VSAEMZ—VSABC:_'

Vsapc SB SC 3 2 3 | 3 0
Vs.AFM:E_%:%.l:l:VSApM=lVSADc:K-
Vsape SD SC ~3 27 3 "SMMT3IACT
SuyraV1:VS.AEMF:VS.AEM+VS.AFM:g’dOdéVZZV_Vl:V_gzgv'
VéyE:K:Z_V:l'
YV, T3 3 72
ChQﬂdépéﬂ@
Cau 43.
ChQndépén@

Caud4. Xéthamsdy = f(x — x?)
Tacé:y = (1 =2x)f (x—x?)
2x-1=0 x:%
’_ 2 _
=Y =0ex-x =1 912,120 (Vonghiém)
2 _
x—x"=2 x* — x + 2 = 0 (V6 nghiém).
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1 (1 V1
Talaicé:x—xzzz—(z—x) §Z<1,VxeR
Tir do thi ciaham sy = f/(x) = f/(x—x*) >0, YxeR

Bang bién thién ciia ham s6 y = f(x — x?)

X | —o0 0 +00
y + 0 -
1
' —00 / 2 \ —00
A PN A . - A ~ 1
Vay ham so0 nghich bién trén E; +oo).

Chon dép an @
Cau 45.
Chon dép an @

1
Cau 46. Tap xac dinh Z =R\ {—5}

Tacéy = ———, tiép tuyén tai A(x;;y,), B(x»; y,) song song v6i nhau.
x+ 1)
1 1 x1 = x(0)
Nén — =- 520 +1)P=02xn+1) o
M mT R Gmalp o Gurh=@erliel

11 o e eia A
Goi I(_E; 5) la giao diém cua hai dudng tiém can.

Cé6 x; + x, = —1 = I la trung diém cta AB

1 1 ox+1
AB =2IA =2+]|[-= - 1+2x) + > 2.
= \/( 2 xl) (2 2x1+1) \/( PR Ty V2

Diu “="khi vachikhi 1 +2x; = +1 & [

X1 = -1.
Viy do6 dai nhd nhét ciia doan AB bing V2.
Chon dap an @
Caud47. Tac6 > +x+2>0 Vx € R nén ham sd x4c dinh va lién tuc trén R.
+ Do thi ham s6 khong c6 tiém can diing.
1

x(2 - —) 72— 1

+ lim Tk N lim a = lim ——*—— =2nény = 2 1a tiém cin ngang
X—+0c0 m X—+00 1 2 X—+00 1 2 : :
xX7ll+-—+—= l+-+—
X x X X
1
x|2--— 72— l
2x -1 X . S oia A

+ lim ———— = lim = lim = —2 nén y = —2 la tiém can ngang.

X——00 VX2+X+2 X——00 xX—+00 1
1+ +—2 1+- +—2
X X X

Vay dd thi ham sb da cho c6 2 dudng tlem can.
Chon dép an @

Cau 48. Taco tap xdc dinhctahamséy =x* —=3x2 + 114 2 =R, y = 3x? - 6.
x=0

x=2.

Ta c6 bang bién thién:

V=0

12



X —00 0 2 +00
Y + - 0 +
1 +00
Y / \ /
—o0 -3

Dua vao bang bién thién ta c6 dudng thang y = m cat do thi ham sb y = x* — 3x? + 1 tai 3 diém phan biét
khi =3 < m < 1, do d6 sb gid tri nguyén ctia m théa man 1a 3.
Chon dép an @

Céu 49. Ta c6, Phuong trinh ctia dudng thang y = m(x — 4) ludn di mot diém cd dinh A4;0), Vm € R;
y=x-DE*-9) =x* - 10x> +9 =y’ = 4x° — 20x;

x=0
=y =06 |x= V5
x=-V5

Goi B(0:9), C (- V5:-16);
Bang bién thién ctia ham s6 y = (x> — 1)(x*> — 9) nhu sau

X | —o0 -v5 0 A5 4
y, - 0 + 0 - 0 +

y _HX)\‘—16/(9\A16/’+Oo

Do d6, ta c¢6 dd thi ctia ham s6 y = (x* — 1)(x* — 9) va dudng thazmg d, di qua hai di€ém A(4; 0), B(0;9) nén

9
c6 phuong trinh lad,: y = 7" +09;

. . 16 64
buong thang d; di qua hai diém A(4;0),C —4/5;-16) nén c6 phuong trinh 1a d iy = x— .
g thing d; di q ( ) phuong YE R
d Y
12
y=m(x—4)
) -1 X

d, -16

Dua vao dd thi ham s ta thiy, d€ dudng thang y = m(x — 4) cit dd thi ham s6 y = (x* — 1)(x> = 9) tai
bdn diém phan biét thi tung dd giao diém cla dudng thang y = m(x — 4) véi truc tung thoa diéu kién 1a

13



64 16 -9

5
=2,56>m>-2,25=>me{-2;-1,0;1;2}.
Vay, ta c6 5 gid tri nguyén clia tham s6 m thoa yéu cau bai toan.
Chon dap an

Cau 50.
Goi H va H’ 1an ludt 1a trung diém ctia AC va A’C’, K 1a trung diém cta
AH, L 1a giao cua MN v6i AB'.
AK AL 1
557 = 4% = 3 = CB | AB' = CB' || (MNK).
Tit d6 d(CB'; MN) = d(C: (MNK)).
Ta co

1 a 1 a\/§ 3a d*V3
322 4 4 64
1 avV3 a\/g_cﬂ\/ﬁ
2 4 4 0 32
3Vmenk 3a° V3 ) V15 3 3a V5
Swng 64 32 10

=  d(C;(MNK)) =

Vay. d(MN, CB') = 24 Vs

10
Chon dap an

14



PAP AN CHI TIET MA PE 2G102
Bién dich: Ngay 2 thdng 11 nam 2020

Cau 1.

Tacéy = 8x°, suyra X | —o0 0 +00

y’:O@8X3:0<:>x:O' y/ _ 0 +

Bang bién thién (nhu hinh bén)

Vay ham s6 dong bién trén khoang (0; +o0). too oo
1

Chon dap an @

Cau 2. Tap x4c dinh ciahaim s61a 2 = R.

x=0

X=2-m (%

Néu 2 —m > 0 & m < 2 thi (*) c6 hai nghiém phan biét khac 0 nén phuong trinh y’ = 0 ¢6 ba nghiém phan
biét va y’ ludn ddi diu qua ba nghiém dé. Do d6, véi m < 2 ham s6 c6 ba diém cuc tri.

Néu m > 2 thi () vd nghiém hodc c6 mot nghiém x = 0 nén phuong trinh y’ = 0 chi c6 mdt nghiém x = 0
va y’ ludn ddi ddu qua nghiém d6. Vay v6i m > 2 ham s c6 mot diém cuc tri.

Tacéy =4x> +4(m—-2)x,y =0 &

Chon dap an @
Cau 3. TXb 2 =R\ {-3}.
7
Tacoy = =13 >0,Yx e 9.

Ham s6 ludn dong bién trén ting khodng xic dinh, do d6 dong bién trén doan [-2;0].
Suy ra [rrlzi%)l]y =y(-2) = -5.

Chon dap an
x+3

Cau 4. Ta c6 tap xdc dinh cia ham s6 y = 3

3 1 P — ’

x—1
; ) 1 1 ) .
Tur d6 ta c6 ham soO ludn nghich bien trén (—oo; 5 va (5; +oo) suy ra ham so ludn nghich bien trén [1;4].

TacoM=y(1)=4,m=y4)=1dodéd=M-m=4-1=3.
Chon dép an (B)

Cau 7. Tu bang bién thién ta thdy lim y = +2 nén dd thi ham sb c6 hai tiém can ngang 1a cic dudng thang

X—>+00

y=-2vay=2.
Chon dap an @
Cau 8. Taco:

. . 3x+1

lim y= Ilim =—

3] ) I
= x = = |2 tiém can diing ctia dd thi ham s6.
) . 3x+1 2
lim y= lim = 400
1\ n2x—1
x—>(2) H(S?) o .
+ N B
e lim y= lim al = — = y = — la tiém cén ngang cua do thi ham so.
X—+00 x—xo0 2x — 1 2 2
Chon dap an @
2-3x-4
Cau9. ¥ - 16=0& x=—dhay x= 4. Tacé lim —— " — oo
) x——4 x2-16
-3x-4 +1 5 R .

va 161_{51 % = £1_r£41 i it Nén do thi ham sO c6 mot dudng tiém can ding

Chon dap an
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Cau 10. Ta c6 phuong trinh hoanh do giao diém

2
1:2x(x¢1)<:>—:xc>2:x2—xc>

X+
X — x—1 x=-1.

Vay sb giao diém ctia do thi ham s6 y = x +

Chon dap an

7 va duong thang y = 2x 12 2.
x f—

Cau 11. D6 thi da cho 13 d6 thi ham s6 bac ba y = ax® + bx?> + cx + d ¢6 hai cuc tri va a > 0 nén ham s6
cantimlay = x> — 3x% + 3.
Chon dap an @

Cau 12. Céich 1. C4 bdn ham s cho & cic dap 4n déu 12 ham sd bac ba, tir d6 thi nhan thiy tai diém (1;0)
dd thi ham s6 tiép xdc véi truc hoanh nén x = 1 1a nghiém kép clia phuong trinh y = 0, tit d6 tuong ting véi
ham sb cho & dap an D.

Céch 2. B thi ham sb di qua céc diém (1;0), (0;2), (=2;0), thay vao céac dap an cho & dé bai chi ¢ dap an
D théa yéu cau.

Chon dép an @

Cau 13. Khéi tf dién déu c6 6 mit phang dbi xiing. Cé4c hinh vé& sau minh hoa 6 trudng hop.
A

Chon dap an

Cau 15. Hinh hop chit nhat khong 12 hinh 1ap phuong c6 cidc mit phang ddi xing 1a cac mit phang trung
truc ctia cdc cip canh d6i nén c6 3 mit phang dbi xiing.
Chon dap an @

Cau 16. Mbi mit phang dbi xdng cla tif dién déu chinh 1a mit phang trung truc ctia mot canh tit dién déu
do.

16



€A €A €A
D B D’B DB
C C C

Chon dap an

2
Cu 17. Dién tich ddy B = <

va do dai duong cao h = a.

3
7 , 3
Vay thé tich khéi ling tru 12 V = Bh = & 4\/_.

Chon dép an @

Cau 18. Tir d6 thi ta c6 ham sb dong bién trén khodng (—oo; —1); (1;+0c0) va ham s nghich bién trén
(=1; 1). Suy ra ham s dong bién trén khoing (-2; —1).
Chon dép an

Céu 19. T bang bién thién ta thiy ham sb dong bién trong khoang (—1; 0).

Chon dap an

Cau 20. Tacédy = 4x* — 6x = 2x(2x* - 3).
[x=0

V6
Khidoy =0 o 2x2¥ -3)=0 & [¥ = 7
V6
2

Bang bién thién:

x| —oo _N6 0 V6 400
2 2
/) P N S S
V6 V6
o 7] (3
N - \_3 _— \_oo

Két luan: Ham s6 di cho c¢6 3 diém cuc tri.
Chon dép an @

17



Cau2l. Tacéy = x> — 4x + 3.

20 x=1
=0
Y x = 3.
Bang bién thién:
X —00 1 3 400
f(x) + 0 - 0 +
2 +00
(x) \ /
/ / 2
—oo 3

Dua vao bang bién thién ta thiy do6 thi ham sb dat cuc dai tai diém (1;2).

Chon dap an @

Cau 22. Tacéy =3mx* +2x+m?> —6,suyray’ = 6mx + 2.

PéhamsédatcuctiCutaix=1=y(1)=0=>m?>+3m-4=0om=1Vm=—4.
R 1

Xét dicukiény’(1) >0 6m+2 >0 m> -3 thi c6 gia tri m = 1 théa man.

Vay m = 1 1 gid tri can tim.

Chon dép an @

Cau23. Tacéy =3x> —4x +a.
Do diém A(1; 3) 1a diém cuc tri cda d6 thi ham s6 nén ta cé:

y(1)=3 a+b=4 a=1
S S =4a-b=1
y(1) =0 a=1 b=3

Chon dap an @
Cau 24.
Chon dap an
Cau 26.
1
e Tacé lim y= lim (x+ Vx2—1)= lim (—
X——00 x—>—c>o( ) X——00 X — m

cO tiém can ngang la y = 0.

):O.Suyradf)thihémséy:x+ x2 -1

2 . ) X
= 00. Suy ra do thi hamsOy =
1 x+1

e Tacod limy = lim khong c6 tiém cén ngang.

X—00 x—oo X +

x+2 , . .
] cO tiém can ngang lay = 1.

2 \ ,
o Taco limy = lim = = 1. Suy radd thi ham s y =

X—00 x—o00 X — X —

+2 \ L X+2
o Tacé limy = lim == = 0. Suy ra dd thi ham s6 ~——~ ¢ tiém cin ngang 13y = 0,
x—00 x—oo0 x2 + 1 x2+1
Chon dap an @
A L - 10 . - 10 . 2 Ca
Cau 27. Taco xl_l)rl’loo W =1; xl_l)r_l’loo xx——2011(§§ = 1 = duodng thang y = 1 la tiém can ngang.
o . . X — T X = _ N 2 _ < ea ~ .
Mat @ac x_l)lz{)rll8+ x——2018 = +00; x_l)lz{)rll& Y2018 - oo = duong thang x = 2018 1a tiém can dung.
Vay do thi ham so ¢6 hai duong ti€m can.

Chon dép an @
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3
Cau 28. Dién tich tam gidc ABC 1a: S = (2a)® - % = a? V3.
3-V
Ta co: Vs apc = _h'SAABC =>h= - SABC = (l\/g.
3 S aaBC
Chon dép an @
Cau 29.
Goi I 1a di€m thudc canh BC sao cho Al L BC.
_ (Al L BC
Tu = A’'l 1L BC.
A’A L BC
T { M+ BC ¢ giita hai mit phing (ABC) va (A’BC) 1a A’IA
A,IJ_BCsuyragocgla ai mat phang ( ) va ( ) la .
Suy ra A'IA = 60°.
1
Vi S ape = EA'l - BC = 2a®> = A’I = 2a. Xét tam giac A’Al c6

AA’ = A’'I - sin60° = a V3. Vi tam gidc AABC 1a hinh chiéu ctia AA’BC
1
trén (ABC) nén SABC = SA’BC - cos 60° = E . 2(12 = (lz.

Vay thé tich khéi ling tru ABC.ABC1a 'V = V34>

Chon dap an
Cau 30. B C
+ Goi H 12 hinh chiéu cta B’ 1én A’C". 120°
_ (C'H LB'H .
Tacé:{ . =>C'H L BHvaBH c (A’BC"). (1) A
C'H 1 BB

B'H1CHvaB'HCABC).Q2)
Lai c6: (A’BC")N(A’B'C") =A'C’". (3)
Tu (1),(2) va (3) suy ra: ((A’BC"); (A’B’C’) = (BA"; B'A) = BHB' = 60°. B &-t--\- 7. C’

+ABC la tam giac can v6i AB = AC = a va BAC = 120° nén R
BC = VAB2 + AC> -2 -AB-ACcos 120° = a V3 hay B'C' =a V3 )

a3 HY X
Suyra B'H = B'C’' sinC’ = B'C’sin30° = —

Do d6, BB’ = B’H - tan 60° = 37(1.

Vay, thé tich ctia khéi ling tru da cho bang:

1 3a 1 V3 3433

V:BB'-SABC:BB'-EAB-AC-sirﬂZOO:T-Ea-a-—:

2 8

Chon dép an @

Cau 31.
Ta c6 dién tich ddy cta hinh chép S azcp = a®. Goi O la giao
di€ém ctia AC va BD, S O la dudng cao cta hinh chép. Goi M 1a
trung diém cta CD.

(SCD) N (ABCD) = CD

Taco{SM L CD = goc gitia mat bén (S CD) va
OM 1L CD
mit ddy ctia hinh chép 1a géc SMO = 60° ma OM = g Khi d6
SO = OM - tan 60° = %g
1 1 3 &V3
Tfidétac()VS.ABCD: g'SABCD'SOZ 5'612'% = a 6\/—

Chon dép an @
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Cau 32.

av3

Goi M la trung diém BC = AM = ——.

2
Goi H 13 tam dudng tron ngoai tiép tam gidc ABC = SH L (ABC).
Hinh chiéu ctia SA trén mp(ABC) 1a HA
= gbc gilta SA va mit ddy bing goc giita SA va AH va bang goc

SAH = 30°.
2
3
TaC(')SABC: a 4:/_
AABC déu nén AH = %AM: % : @ - “;/g.

Tam gidc SAH vuong tai H, SAH = 30° = SH = AH - tan 30°

a3 1 _a

3 V3 3

A 1 a a
V@YVS.ABC=—SH-SABC:§.§.
ChQndépén@

Cau 33.

Goi canh ctia khdi 14p phuong 1a a thi ban kinh khdi cau noi tiép khbi

lap phuong d6 Ia g

4 3 3
Khi d6 V, = a3V, = —n(ﬁ) _ T

3

Chon dap an

Cau 34. Canh ddy AB = a = dién tich day S szcp = a°.

2
Pudng chéo AC = a V2 = HA = %.

Canh bén SA = 2AB = 2a

14
— SH = \/SAZ—HAZ:az .

. 1 14 4a*V14
Vay th€ tich V = gaza\;_ . ;/_

Chon dap an

V2_7T

Vi 6




Cau 35. D6 thi ham sb dbi xiing qua truc tung = Ham sb thudc dang y = £ (|x]).

= Loaiy = x> + 3|x| vay = |x* — 3x].
Trong trudng hop khong c6 dau tri tuyét d6i
L 4 3 , ) v=0 [x; =1
Xéthamsoy=x"-3x=y =3x"-3 — |
Xy = —1.
= P06 thi ham sb ¢6 hai diém cuc tri.

) =0
Xéthamsby= 3 +3x=y =32 +3 25 x€ 2.
= Do thi ham s khong ¢6 diém cuc tri.

Chon dap an @

Cau 36. Taco f/(x) = 3x* — 6mx +m + 2.
Ham s dong bién trén R khi f/(x) > 0, Vx € R
o3 —6mx+m+2>0,¥xeR

oMM’ -3m-6<0

& —5 <m<1.
Chon dép an (B)

Cau 37. Ta xét s6 diém cuc tri cia ham s6 sau y = [f(x) + m|.

e Néu f(x) c6 k diém cuc tri va phuong trinh f(x)+m = 0 ¢6 h nghiém phan biét (& dy ta chi xét trong

truong hop nghiém 1¢).

e Lic d6: s6 diém cuc tri ciia ham sd y = [f(x) + m]| sé c6 (k + h) s6 diém cuc tri.

e Ta c6 thé ly gidi ngan gon nhu sau: Néu ham s& f(x) c6 k diém cuc tri thi ham s f(x) + m ciing ¢6 k
diém cyc tri. Nhu vy s6 diém cuc tri ctia ham sd y = |f(x) + m| sé phu thudc vao s6 nghiém (18) clia
phuong trinh f(x) + m = 0 vi qua mdi nghiém 18 ctia phuong trinh thi tai d6 ham s ddi diu nghia la
ton tai cuc tri ctia ham s tai do.

bit f(x) = 3x* — 4x° — 12x%. Lic do y = |f(x) + m|.

x=0

Tacé f'(x) = 12x° = 12x* = 24x; f'(x) =0 & |x = -1

x=2.

Ta c6 bang bién thién ctia hAm sb f(x) = 3x* — 4x* — 12x? nhu sau:

X | —oo -1 0 2 +oo
Y - 0 + 0 - 0 +
+00 0 +00
y \_5 /yv _ /
N
=32

Dua vao bang bién thién ta thiy: Ham sb f(x) c6 3 cuc tri. Nén d€ ham s6 y = |f(x) + m| ¢6 5 cuc tri thi
phuong trinh f(x) +m = 0 ¢6 hai nghiém phan biét hodc ba nghiém trong d6 c6 mot nghiém bdi chén, nghia
la-32<-m<-5&5<m<32

Vay m € {5;6;7;...31} nén c6 27 gi4 tri nguyén ctia tham s m.

Chon dép an @

Cau 38. Trén doan [—2; 3], diém thudc do thi c6 tung d6 16n nhit bang 4 tai hoanh d6 x, = 3.

Do do: [mzeg%y =y(3) =4.
Chon dép an @
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Cau 39.

Chon dap an

. N . 2x+ 1 2x + 1
Cau 40. M 1a mot diém thude dd thi ham sb y = = 1 :>M(x;x—1), véi x # 1.
X — X —

R . 2x+ 1
P& thi ham 6 y = = ~ 6 dudng tiém cin diing la x = 1.
x_

Khodng cach tit M dén tiém can ding 1a d; = |x — 1].

N £ < 2x+1
Khoang cach tit M den truc hoanh la d, = 7 ‘
x_
. 2x+ 1
Theo gi4 thibt ta c6 |x — 1] = | 1'
x_
(x-1D*=2x+1 ¥ —4x=0 x=0=y=-1

2= S
(x—1)2:—2x—1 ¥+2=0 (VN) [x:4:>y:3,
Vay ¢6 hai diém thoa dé bai M(0; —1), M(4;3).

Chon dép an @

Cau 41.

Goi O la giao diém ctia AC va BD, khi d6 O la trung A B
diém clia hai canh nay. ?
Vi AC 12 hinh chiéu ctia AC’ xuéng mit phang (ABCD) i
nén ta c6: [AC’, (ABCD)] = (AC’,AC) = CAC’ = 60°. |

1
Ta c6: VABCD.A’B’C’D’ = SABCD -CC’ = EAC -BD-CC'.
Tam gidc ABD cantai A (ViAB=AD =a ) co
BAD = 60° nén la tam giic déu,

av3

Suy ra: BD =ava OA = —

2 e — ~---+B
Ma AC = 20A nén AC = a V3. g “$0

Vi hinh hdp nay la hinh hdp ding nén cac canh bén / S -
vudng goc voi ddy, nghia la /
CC’" L (ABCD) = CC" L AC = AACC’ vudng tai C. / - p
Khi d6: CC’ = AC - tan CAC’ = a V3 - tan 60° = 3a.

D/

3aV3

1 1 3
Vé.y VABCD.A’B’C’D’ = EAC -BD-CC’ = 5 -aV3-a-3a= T (tht).

Chon dap an @

Cau 42.
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Goi O 1a tim hinh binh hanh ABCD = O Ia trung di€ém ctia AC va

BD.
. SG 2
Ké AM cat SO tai G = G latrong tam ASAC = — = —.

Trong (S BD), i Gké EF || BD (E € SB; F € SD) = (AEMF) chinh

1a (P).
EG || BO SE SG SF 2
Taco EF || BD = I 5 —— = —=——==Zx,
FG|DO SB SO SD 3
Dé dang chitng minh dugc
1

SABC = SCDA = ESABCD = VS,ABC = VS.ACD = _VS.ABCD-

2
Ap dung cong thic ti s6 thé tich

N Vsaen  SE SM 2 1 1

Vsase SB SC 32 3
1 1
= Vs.aem = 3Vs.ac = ZVs.acp-

3 6

b) Vsamr _SM SF _

1 1
Veicp SC SD 2
1

2_1
3 3

p—

= VS.AMF = gVS.ACD = EVS.ABCD-

1

Suy ra Vs agmr = Vsaem + Vsamr = 5 Vs.asep-

3
Ma VS.AEMF + VH = VS.ABCD

Vsamer 1

Ve 2
Céch 2. Theo phuong phép tric nghiém ta c6 cach tinh sau:
D
DﬁtaZ—Zl;bZ—Z—;C=£=2;d=s—=§.
: SA SE 2 SM SF 2

= Vy = gVS.ABCD- =

Ta co

Vs .AEMF a+b+c+d 1

VS.ABCD dabcd - 3
Vi
= =
VS.ABCD

VS.AEMF
= _— =
Vi

Chon dap an @

Cau 43.
Tacé MN || BC.
SA-SM-SN 4

. .. Vsamn 4
Khi d6: = = o Ve = V.
Oy e SA-SB-SC 9 'SAMNT Y

Chon dap an

Caudd. + Xét g(x) = f(x*-2)
g(x) =2x- f'(x* = 2)

23




_ x=0 x=1
gx)=0¢e _2 el|-2=-16|x=-1.
'x*-2)=0
I ) Zo2en ‘e
=-2
x>2
+Taco: f/(X¥*-2)>0x-2>2
x < =2.
Bang xét dau g’(x):
X —00 -2 -1 0 1 2 +00
gxy - 0 + 0 + 0 - 0 - 0 +

Suy ra ham sb g(x) nghich bién trén (—1;0) 12 sai.
Chon dép an @

Cau 45. Tap xac dinh R.

it f(x) = x* = 2mx> + 2m — 1, ta céd f/(x) = 4x> — dmx = 4x(x* = m); f(x) =0 & 5
X =m.

Trudng hop 1. Néu m < 0(1), f(x) c6 duy nhat mot cuc tri tai diém x = 0, khi d6 ham s6 |f(x)| c¢6 3 diém
1 )

cuc trikhi vachikhi f0)<0e2m-1<0om< 5(2). Ket hgp (1) va (2) ta dugc m < 0.

Trudng hop 2. Néu m > 0, f(x) ¢6 3 diém cuc tri, dua va cdc két qua vé do thi ham sd trung phuong, ta thiy

|£(x)| c6 ding 3 diém cuc tri khi va chi khi

f(i\/ﬁ) >0 -m*+2m-1>20e (m-1)?<0 o m=1 (thdadiéukiénm > 0).

Suy ra trén doan [-2; 2] ¢6 cdc gid tri clia m thoa yéu cau bai toanlam = -2;m = —1;m = 0;m = 1.
Chon dap an @
Cau 46.

A B’ b song

100
TUOUILIT

H C B bd song

Goi van tdc chay bd tit C dén B 1a v, van tdc boi tir A dén C 1a %
Ké AH L BC,BB’ L AB’, B’ thudc bg song. Ta c6

AH = BB’ = 100 m, AB = 1000 m, AB’ = HB = VAB2 — AH? = 300 V11.

Pit HC = x(0 < x < 300 V11). Khi d6 ta c6 AC = V2 + 100?
Va2 +100° 2 Va2 + 1007

= thoi gianboi th A dén C lat, = > = vaBC =BH - HC =300VI11 —x

v %

2

) 300 V11 -
= thoi gian chay tt Cdén Bla 1, = sy
v
. R . 2 Va2 + 1007 + 300 V11 -
Tong thoi gian di chuyén la #(x) = i a3
v
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2 Va2 +100% + 300 V11 — x

1%

1 2x 100
t’(x):—[——l]; ) =0e2x= V2 +100° @ x = —.
v Va2 + 1007 V3

Xét ham s6 #(x) =

Ta c6 bang bién thién

—

X 0 % 300 V1|

7(x) - 0 +
1(x) [ - —

. 100
T bang bién thién suy ra 7(x) dat min tai x = —3 Khi dé

1002 2 2

AC = 100 +1002:E: OO\@.
3 \3 3

ChQndépén@

Cau 47. Néu m < 0 khi d6 khong ton tai lim y = d6 thi ham s6 khong c6 tiém cin ngang.
. 2 )
Neum =0khidéy = 2céte}pxéedinh.@:R\{Z}.
x —

lim y = 0 = y = 0 1 tiém cin ngang ctia d6 thi ham sb.

X—>+00

{}Lf;w=+°°

. = x = 2 12 tiém c4n ding ctia do thi ham sb.
limy = —o0

x—2~

Néu m > 0.

m?>—5m 1
\/mx2+(m2—5m)x+4: i m&t———*+3

X
m*—5m 1
) ] \/mx2+(m2—5m)x+4 o m+ X +;
lim y = lim = lim = —m.
X——00 X——00 X — 2 X——00 1 _ %
X

y = +m la dudng tiém cin ngang ctia dd thi ham sb.
DE dd thi ham sd diing 3 tiém cin thi d6 thi ham s6 c6 1 tiém can diing.
bit f(x) = mx? + (m2 - Sm) x+4.

— 1
f(2):0<:>2m2—6m+4:0@[m

m=72.

. V2 —4x+4  |x-2

Véim=1=y= = )

x—2 x—2

limy = l;lirgy:—l.

x—2+
2x> —6x+4
Voim=2my= 2 20t
x—2
. oo N2x2—-6x+4 . \2(x-D(x-2) ) 2(x—1)
limy = lim ——————— = lim = lim = +o00.
x—2+ x—2+ x—2 x—2* x—-2 x—2% x—=2
R L . (m>0
Viay do thi ham so dung 3 ti€m céan thi {
m# 1.
Trén doan [—100; 100] c6 99 gia tri nguyén cua m.
Chon dép an @
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Cau 48. Phuong trinh hoanh do giao diém clia dd thi (C) va dudng thang d

d cat (C) tai hai diém phan biét A, B khi va chi khi phuong trinh (1) c¢6 hai nghiém phan biét khac —1

{(m—1)2—4(m—1)>0 [m<1 -

(=1
-1 -m-1D)+m—-1#0 |m>5

Goi x1, x, 1a hai nghi€ém cta phuong trinh (1).

. . o (x1+x=1-m
Ap dung dinh ly viet ta co
X1 =m-—1.

Goi A(xy; x; + m), B(x2; X0 + m) = ﬁ =(x—x15% —x1) = AB = \2(xy — x1)? = \/§|x2 - x1.
Ta cé

AB = \/m(:)m—xll: v5

S (X + X1)2 —4x1%, =35

-0
o (-mP-4m-D=5om—6m=0o|" ¢ (thoa(x))
m =

Vay m = 0 hoac m = 6.

ChQndépain@
A P -x_l 3 . N . P 2 . N N A
Caud9. Taco (C): y = =1- c0 1(—2; 1) 1a giao diém cua hai duong tiém can.
x+2 x+2
3 3
A(a—Z;l——)e(C) 17\):(a;——) A= Ja2t 2
) a al . a?
Xét = va
Blo-21-2\ec) |iB=(p:-3 2, 2
’ b - ’ b IB = b +ﬁ
IA? = IB?
Tam gidc ABI déu khi va chi khi -
cos (IA, IB) = cos 60°
9 9
y==p+—= (1
a2+2—b2+2 “Ta b M
a? b? 9
Sy =3 ©jab+—
IAIB 1 ab _ 1 )
IAIB 2 L4 2
a2
Tir (2) tasuy raab > 0 vaa®> # b* (do A # B).
9
Tu (1) tasuyra(a®> - b*) |1 - —=—=|=0=ab = 3.
a*b?
. . . , 9 . 9
V6i ab = 3, thay vao (2) ta tim dugc a” + — = 12. Vay AB = A = a2+—2:2\/§.
a a

Chon dép an @

Cau 50. Chon A
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*) Goi E, Flan ludt 1a hinh chiéu vudng géc cia A trén BB', CC’ = AE = 1, AF = V3.

BB’ L AE
*) Ta co: {BB’ L AF = BB’ L (AEF)= BB’ L EF = EF =d(C,BB’) = 2. = AAEF vudng tai A.

2 P 1
*)Goi K = MM' N EF = K latrung diém cua EF = AK = EEF =1..

1 1 1 1 3
*) Lai c6: MM'//BB" = MM’ 1 (AEF) = MM’ 1 AK = = + =1 = + =
AK? AM?2  AM’? AM? 4
=AM = 2.
*) Goi H 12 hinh chiéu vuéng goéc clia A trén EF = AH 1 (BCC'B’).
.1 1 1 V3 > 5 , 16 4
*) Ta co: = + = AH = — . MM'" = AM* + AAM* = — = MM’ = — = BPF'.
AH? AE?  AF? 2 3 V3
8
Sepcc=d(C,BB").BB = —.
V3
3 31 313 8
Vay V, g ==V, g ==—AHSpcop = =.—.—.— = 2.
ay Vapca'BcC 5 VA.BCC'B 73 BCC'B 2372 3

Chon dédp an
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PAP AN CHI TIET MA PE 2G103
Bién dich: Ngay 2 thdng 11 nam 2020

Cau 1. ham sdy = x* + 3x + 2 ¢6 dao ham y’ = 3x% + 3 duong Vx € R nén Ham sb dong bién trén khodng

(—00; +00).
ChQﬂdépéﬂ@
. . x=0
Cau2. Tacoy =4x  —dx=4x(x* - 1),y =0 4x(x**-1)=0 & e
x ==l

Bang xét dau y’

x | —oo -1 0 1 +00

Yoo - 0 + 0 - 0 +

Dua vao bang xét ddu ta thiy ham s6 c6 2 diém cuc tiéu.
; . < ‘.. , . fa>0 .
Lam tric nghiém, Ham s bac bon tring phuong y = ax* + bx*> + ¢ thodn man {b 0 0 3 diém cuc tri
<
trong do c6 2 diém cuc tiéu, 1 diém cuc dai.
Chon dap an @

1
Cau 3. Tac()y’: 1+m >0, Vx # -1

1 dong bién trén doan [1;3].

11
Vayminy =y(1)=1-2=7

2 2
Chon dap an

Cau 4. Ham sb da cho xdc dinh va lién tuc trén doan [—1; 2].
Ta c6: ¥ = 6x% - 3.

= hamsby = x —

V2
S
'=0e6x’-3=0e
' Va
X:—T.
Hai nghiém cta y’ = 0 déu thudc doan [-1;2].
2 2
Tacé:f(—l):z,f(%/_ =1- \/Zf(T\/_)_ 1+ V2, f(2)=11.

Do dé {nlaxy =11.

Chon dép an @

Caus. y = 3x> — 14x + 11 ¢6 hai nghiém x = 1 € [0;2], x = —% ¢ [0;2]
y(0)=-2;y(1) =3;y2)=0dodé m = miny = -2

[0:2]
Chon dép an @
Cau 7. Tap xac dinh ¥ =R\ {1}
3
3 - 2x T2 , X )
lim y = lim = lim 7= —2 = duong thang y = -2 la tiém cén ngang cua do thi ham so.
x—+00 x—+o0 X — X—+00
x
Chon dép an @
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o Aot o ax+b . d . d . .
Cau 8. D6 thi ham so y = v6i x # —— va ad — bc # 0 ¢6 ti€m can ding la x = —— va tiém cén
u cx+d c c
nganglay = —.
c

Do d6, d6 thi ham s6 y =

Chon dap an

c6 tiém can ding la x = 1 va ti€ém cdn ngang la y = 2.

1 1
3+ - 3+ -
~ L. 3x+1 . .o 3x+1 3
Cau9. Tacoé lim = lim X = _Zva lim =1 X _Z
x—>+ool— X x—>+001 2 x—)—ool—z_x x—»—ool 2
-=2 -=2
X X

. A s A s 3
Vay phuong trinh dudng ti€ém can ngang cua do thi ham so lay = —5-
Chon dép an @
Cau 10. S6 giao diém clia d6 thi ham s6 y = x> + 3x% + 1 va dudng thang y = x + 1 biang s6 nghiém clia

phuong trinh
FP+3+1l=x+1 (1)

x=0
exx+3x-1)=0e 3+ I3
X = T
= phuong trinh (1) ¢6 3 nghiém phan biét
Két luan: C6 3 giao diém phan biét.
Chon dép an @
Cau 11. Tacé: ¥ = 3x> — 4x. Suy rahé s6 géc k = y'(1) = —1.
Chon dap an @
x+1>0 x>-1
Cau12. Picukién: {x* - 5x+6#0 ©{x ¢ {2;3} © xe[-1;4)\ {2:3}.
4-x>0 x<4

Vay tap x4c dinh clia ham s6 1a: [-1;4) \ {2;3}.
Chon dap an

Cau 13.

M:iit phang (AMC’) chia khdi ling tru da cho thanh hai khéi chép tit gidc 1a khdi A.MBCC’ va C'.AA’B'M.
Chon dép an @

Cau 14. AR ¢
Miit phing (A’ BC) chia khéi ling tru ABC.A’B’C’ thanh céc khéi da dién d6 .
12 khéi chép tam gidc A’. ABC va khéi chép tif giac A”.BCC’'B'. B o
Ad-dfo22
C
B
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Chon dap an @

Cau 15. Khoéi bat dién déu 1a khoi da dién déu loai {3; 4).
Chon dap an @

Cau 16.
Hinh 18p phuong ABCD.A’B’C’'D’ c6 6 mit
ABCD,ADD'A’,ABB’'A’, BCC'B',A’B’'C’'D’,DCC'D'.

Chon dép an @
A z 1 2 3
Caul7. Tacé: V = §(2a) -3a =4a’.
Chon dép an @
Cau 18. Lan ludt tinh dao ham cdc ham & cac phuong 4n, ta co:

e V' =4x’ +4x = 4x(x* + 1), dao ham d6i diu qua nghiém x = 0 nén ham s6 khong nghich bién trén
cac khoang xac dinh (loai).

-42037 ) .
oy = m < 0; Yx # 2018. Do d6 ham so0 nghich bién trén cac khoang xac dinh cia né (nhén).
x j—
2020 s A A A s
o V= ——— >(; Vx £ —2018. Do d6 ham s0 dong bien trén cac khoang xac dinh cua né (loai).
(x +2018)2
e y =3x* -3, qua 2 nghiém x; = 1; x, = —1 dao ham d6i diu nén ham s6 khong thda dé.
Chon dap an @

Cau19. Tacéy = 8x>.
Himsby=2x*+1dongbién oy >0 x* >0 x> 0.
Vay ham s6 y = 2x* + 1 dong bién trén (0; +0o).

Chon dap an @

Cau20. Tacéy = 3ax* +2bx +c.
Theo bai ta c6 hé phuong trinh sau

y(1)=0 3a+2b+c=0 3a+2b+c=0 a=2

Y (2)=0 12a+4b+c=0 12a+4b+c =0 = -9
o & o

y(2) = -8 a+4b+2c+d=-8 8a+4b+2c+d=-8 c=12

y(1) = =7 a+b+c+d=-7 d=-T—-a—-b—-c - _12.

Viy ta cé ham sb y = 2x% = 9x? + 12x — 12 = y(=1) = -35.
Chon dap ain@

Cau 21. Tap xac dinh: ¥ = R.
Tacéy =2x° —4x.

x=0
y=02r-4x=0o|x=V2

x=-V2.
y” = 6x> — 4 suy ra y”’(0) = —4 < 0 nén ham sd dat cuc dai tai x = 0.

Chon dép an @

30



Cau 22. Xétham sdy = x* + 3x% + 2.

Yy =4x3 +6x;y" = 12x*> + 6.

y'(0) =0 x =0;y’(0) = 6 >0, nén x = 0 12 di€ém cuc tiéu cta do6 thi ham sb da cho.
Chon dap an

Cau 23. biéu kién d& ham s6 y = mx* + (m?> — 1)x> + 1 —2m c6 mot cuc dai va hai cuc tiéu khi va chi khi do

m<0
. N A - - R . N X . L . 2 L. m<0
thi ham s6 c6 ba di€m cuc tri va do thi 6 huéng quay xuong dudi & ¢, 150 edm>1 om<-l1.
m- —1>
m< -1

Chon dép an

Cau 24. Tacé f/(x) = x*> = 2mx + m? — 4.
Piéu kién can dé ham s da cho dat cuc dai tai x = 3 1a
m=1
f’(3):O(:>9—6m+m2—4:0(:)m2—6m+5:0(:>[ s
m=>5.
. 1
Khi m = 1, ham s0 tré thanh f(x) = §x3 — x> =3x+3va f(x) = x> - 2x - 3.

Ta c6 bang bién thién nhu sau

X |—o0 -1 3 +00
Y + 0 - 0 +

14 +00
y . __— 3 — ’ _—

Ham s6 khong dat cuc dai tai x = 3.
) 1
Khi m = 5, ham s0 trd thanh f(x) = §x3 —5x2 +21x+3, f/(x) = x> = 10x + 21,

Ta c6 bang bién thién nhu sau

X |—oo 3 7 +00
y + 0 - 0 +
30 +00
—00 3

Vay ham s6 dat cuc dai tai x = 3. Do d6 diéu kién d€ ham sb da cho dat cuc dai tai x = 3 1am = 5.
Chon dép an @

Cau25. Tacoy=f(x)=x-2x>+ax+b =y =3x> —4x +a.
X s L 32 R N f(l):3 a+b=4 a=1
Do thi (C) co diém cuc trila A(1;3) = {7, = =
ff(1)=0 a=1 b =3.

Thi lai y” = 6x — 4.

=0
ff)y=2>0

Vay P = 7a + 8b + 84ab = 283.

Chon dap an
Cau 26. Tap xac dinh Z = [-9; +00) \ {—1;0}.
lim Vx+9-3

xo-1 X2+ x

= ham s6 dat cuc tiu tai x = I nénnhana = 1 va b = 3.

+00

Ta co = x = —1 la tiém can ding.
) Vx+9-3
lim ————— = -c0
x—=1" X+ X
. . Nx+9-3 1 | R ek en A
Ngoai ra lim ————— = — nén x = 0 khong thé la mdt tiém can dugc.
=0 X2+ X 6

Chon dép an @
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Céu 27. T bang bién thién ta c6 tiém can diing x = —1 va tiém cin ngang y = 2.
Chon dap an @

Cau 28.

+ Dién tich ddy S azcp = AB - AD = 2a* V2.

+ Goi H la trung diém AB, do tam gidc SAB déu va nam trong mit
phang vudng géc véi ddy suy ra SH 1L AB va SH L (ABCD). Ta c¢6

AB
SH:T\/g:a\/g.

Y 1 1 2 3 6
Vay, thé tich chop 1a Vs apcp = 2SH - Sapcn = 3 -a V3.2a2 V3 = ag\/_ |
Chon dap an @
Cau 29.

Dién tich ddy ctia hinh chép 1a: S azcp = 2a - 2a = 4a°.
Do S A vudng géc véi mit phang ddy(ABCD) nén S A 1a chiéu cao ctia hinh
chop.

3.V
SuyraSA = = T8ABCP — 2434

SABCD
. (BC L AB(gt)
Ta lai c6 = BC 1 (SAB).
BC 1 SA(gr)
Trong tam gidc AS AB, ké dudng cao AH cat S B tai H.
(AH L SB
Ta c6 = AH 1 (SBC) = AH = d(A, (S BO)).
AH 1 BC(BC L (SAB))
SA-AB
MaAH = ———— =a 3.
VSA? + AB? ] )
Viy khoang cdch tit A t6i mit phéng (S BC) bing a V3.
Chon dap an @
Cau 30. "
3
Tac()B:SABAC:az . s
DoSA L (ABC) = h=SA=2aV3 = Vspc = a’.
A&--- C

Chon dap an @

Cau 31.
Goi I 1a trung di€ém AD, vi tam giac SAD vudng can tai S nén S1 L AD va
AD a3

SI=—=
2 2

Hai mit phang (S AD) va (ABCD) vudng géc nhau.
SuyraSI L (ABCD,).
Taco AB = 2AC = 2a, BC = a V3 suy ra tam giac ACB vuong tai C.
SABCD :25AACB :AC'BC:(lz' \/§
a

o 1
Thé tich VS.ABCD = g . SABCD -S1 = ?

W
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Chon dép an

Cau 32.

” P A D
Trong mat phang (ABCD), goi H 1a hinh chicu cia A trén BD. !
Tac6 AA” L (ABCD), BD c (ABCD) = AA’ L BD. |
Lai c6 AA" L AH vaBD L AH = d(AA’, BD) = AH. : H
Trong tam gidc ABD vudng tai A, ta co B § C
1 1 1 125 12 1
= + =—=+—=——>AH=—. !
AH> AB> AD?> 32 4 32.4 5 |
F N R D’
B¢ c
Chon dap an @
Cau 33. N
. 3
Goi M la trung di€ém BC = AM = aT. N
Goi H 13 tim dudng tron ngoai tiép tam gidc ABC = SH L (ABC).
Hinh chiéu ctia SA trén mp(ABC) 1a HA
= gbc gilta SA va mit ddy bing goc giita SA va AH va bang goc
SAH = 30°.
) a3 AL ¢
Ta co SABC = 4 .
s 2 2 M
AABC déunén AH = SAM = 5 - @ = “;/g.
Tam gidc SAH vudng tai H, SAH = 30° = SH = AH - tan30° = B
aV3 1 _a
3 V3 3
1 a V3 4*V3
Vay V. ==SH -Sppc=="=" = .
ay Vs.aBc ABC = 373 1 36
Chon dap an
2
3
Cau 34. Dién tich tam giac ABC 1a S 4p5c = a 4:/_
) Z N 23 33
Thé tich khéi ling tru d cho bing Vapcame = Sapc - AA = 2a - 2 4:/_ -4 ;/_
Chon dap an @
" N et A e R 2x+1 | -X
Cau 35. DO thi ham so di qua diém (0; —1) nén loai dap an y = S vay = -+
X - - X
R £ . e -1
Do thi ham so0 di qua diém (—1;0) nén loai dap an y = %
X
+1
Viyy ="
x—1

Chon dép an (D)

Cau 36. Tap xac dinh 2 = R.

Tacéy =3x* +2x +m.

Ham s6 dong bién trén khoang (—oo; +00) thi

y>0,¥xeR & 3 +2x+m>0,V¥xeR
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-3Im<0
=3>0

()
N —
\Y4

g
Q| =

Chon dép an @

Cau 37. Tacéy = 3(x—m)* - 3.
x=m-1
Xéty =0 &
x=m+ 1.
Ta thdy m — 1 # m + 1 nén ham sb c6 2 diém cuc tri.
Vi ham s6 da cho 12 ham s6 bac ba véi hé s6 @ > 0 nén ham sb c¢6 diém cuc dai 1a m — 1, c6 diém cuc tiéu
lam+ 1.
Goi m 1a gid tri 1am cho d6 thi (C;) nhan M lam diém cuc dai, m, 1a gi4 tri 1am cho d6 thi (C») nhan M lam
diém cuc tiéu.
Theo débai,tacéa=m; -l =m+1=>m —m =2 m; =2+ m,.
Khi d6 (C;) va (C») tiép xiic nhau tai M, do d6 hé phuong trinh
{(x—m1)3—3x+m%:(x—m2)3—3x+m§ ) .
conghitmx =a=m; —1 =my + 1.

3(x—m)?=3=3(x—m)* -3

= My = ——=.

(my + 1 —my —2)° + (my +2)* = (my + 1 —my)* + mj 1
Suy ra 5
m+1-m -2y =m+1-m 2

1 ) .. 1 1
Véykhimzz—EhémsédatcLIctiéutalx:—§+1 :a:>a:§.

. 1
Gia tri cuc tiéu b = T suyra S = 504.

Chon dap an

Cau 38. Trén doan [—2; 3], diém thudc do thi c6 tung d6 16n nhit bang 4 tai hoanh d6 x, = 3.
Do do: [mzeg%y =y(3) =4.

Chon dép an @

2 +
Cau 39. Dohamsoy = rrm
x+1

lién tuc va don di€u trén doan [1; 2]

nén ta c6 minpy + maxp gy = 32 + 22 = L o, =5

Chon dap an @

Cau 40. Ham sb y = f (x) c6 tap xac dinh: D = R\ {0}.

Ta cé:

lim,_, .« f (x) = +00 do thi ham s6 khong ton tai tiém cin ngang khi x — +oo.

lim,_,_o f (x) = 0 Vay do thi ham s6 y = f (x) c6 tiém cin ngang y = 0.

lim, o+ f (x) = 2; lim,_,o- f (x) = —c0. Db thi hAm s6 y = f (x) c6 tiém cén ding x = 0.
Vay tong s6 tiém can ding va ngang 1a 2.

Chon dap an
Cau 41.
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Thé tich khbi hop chit nhiat ABCD.A’B'C'D’ 1a A B

N
VALY \\
3
VABCD.A’B’C'D’ =AB-AD-AA"=2-3-8=48 (Cm) . / : \ \\\
D / ] \ N C
. . /I : \\
Mat khac P A\
/ AN
/ : \ \\
/ \ \)
Vascoagcr = Vepop + Ve asc + Vrapc + Vaasp + Vacs o K ' \ N\
/ - --—- -=>» B
. Vascp.apcp ,’/ LA - —\‘( u
Ma Vepop = Ve ape = Voapc = Vaapp = —6 . (A T \
- \
Do do6 D C’
Vacep = Vascpawcp —Vepcop + Ve ase + Voape + Vaas o)
2
= Vapcpawcp — gVABCD.A’B’C’D’-
1

Suy ra Vacpp = gVABCD.A’B’C'D’ = 3 48 =16 (cm)3.
Vay thé tich ctia khéi ti dién ACB'D’ 1a Vycppy = 16 cm’.
Chon dép an @

Cau 42.

Goi hinh chiéu vuong géc ctia C’ 1én (ABC) 1a H.
Suy ra (AC’, (ABC)) = (AC’, AH) = HAC’ = 60°.
Trong AHAC’ vuodng tai H va HAC’ = 60° suy ra

V3 =24/3.
AC?

Dlél’l tich AABC la Sapc = T =4.

Thé tich cta hinh chép B.ACC’A’ 1a

Vapcapc 4 243 3 83

V o
B.ACC’A 3 3 3

Chon dap an
x=-1

Caudd. Taco f'(x) = (x— 1)* (- 2x)=0& |x=0 .
x=2

X —00 0 2 +00
S'(x) + 0 - 0 +

Xét g'(x) = (2x - 8) - f (x> — 8x +m).

D& ham s6 g(x) dong bién trén khoang (4; +o0) khi va chi khi g’(x) > 0,Vx > 4
& (2x-8)-f (¥ —8x+m)20,¥x>4
=3 f’()c2 —8x+m) >0,Vx>4

[xz —8x+m <0,Yx € (4; +00)
{1

x> —8x+m>2,¥x € (4; +0)
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S m>18.

Vay 18 < m < 100. Do d6 c6 (99 — 18) + 1 = 82 s6 nguyén m thda dé bai.

Chon dap an

Caud5. Xéthamsdy = 3x* —4x> - 12x%> + m
6y =122 - 12x* = 24x =0 & 12x (x> —x-2) =0

x=0
S| x=-1
x=2

Lap BBT ctia d6 thi ham s6 f (x) = 3x* —4x> — 12x> + mtacé : Do thiham sd y = [3x* —4x* = 12X + m
dugc vé bang céach :

+) Liy ddi xting phan do thi ham sé nam phia dudi truc Ox qua truc Ox.

+) X6a di phan dd thi bén duéi truc Ox.

Do d6 dé db thi ham sb y = |3x4 —4x3 — 12x% + m| ¢6 7 diém cuc tri thi :

f(©0)>0 m>0
f(-1)<0 & 5+m<0 ©0<m<5DomeZ=me{l;2;3;4}
f2)<0 -32+m<0

Vay c6 4 gia tri nguyén ctia m thdéa man yéu ciu bai todn.

Chon dap an

Cau 46. Tacosinx >0, Vx €

2r
=
Pitr= V2cos3x+m+2,1>0.
Phuong trinh tr thanh 2 sin® x + sin x = 263 + 1 (¥).
Xét ham s6 y = 2£° + ¢ xac dinh va lién tuc v6imoiz > 0=y =62+ 1 > 0, V¢ > 0.
Khi d6

(*) f (sinx) = f(2)

t=sinx

V2cos3 x+m+2 = sinx

2cos’x+m+2 =sin’x

t 0O

2c08® x + cos? x + 1 = —m (xx).

L]

(>x<>x<)<:>2u3+u2+1:—mvéiue(—5;1

y - 2r\ .
batu = cosx. V6i x € O;? thiu e

—_—
\O]

[

. 1
Xétham s0 f(u) = 2u + u?> + 1 véiu € (—5; 1] = f'(u) = 6u* + 2u.

1 28
Cho fw)=0e | 3 (y‘ﬁ)
u=0@=1).
Bang bién thién

f(w) + 0 - 0 +

faw / 27 \ /
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. < 1 . 2
Ta thay v6i moi gid triu € (—5; 1] thi ¢6 duy nhat x € [O; ?ﬂ)
0 N . 2 N N 2 g PN PN A
Do d6 dé phuong trinh ban dau c6é ding 1 nghiém x € [0; ?ﬂ) thi duong thang y = —m cat do thi ham so
y = 2u’ + u? + 1 tai ding 1 diém.

A 4 R . 28
Tu bang bien thién ta thay m thda bai toan khi m = —1 hodc 7 <-m<4.

Vi m nguyén nén m € {-4; -3; -2; —1}.

Chon dép an

Cau 47. Chon B

Do tinh chit d6i xting nén tam gidc IAB déu thiAB vudng géc v6i dudng phan gidc goc ILIV.

o . cox—1
Suy ra phuong trinh AB ¢6 dang y = x + m . PT hoanh d¢ giao diém cua (C) va AB la:x+ =x+me
X

X+m+Dx+2m+1=0(x# -2)

) m>3+2V3
CoA=m?>-6m-3>0¢

m<3-2V3
. 3 3

Ta c6: AABI can tai T do dGAABI déu khi va chi khi IH:\/T_AB@d(I,AB):\/T_AB.

eSS +m=logs(x—m) o 5 +x=logs(x—m)+x—-m
o x=logs(x—m) & m=x-5"
Sgx)y=x-5og¢gkx)=1-51In5

1

(=4 g/()C) =0 x= logsﬁ

Ban luu y: - Khi /H song song v6i pg géc phan tu 2 va 4

- AB 1 IH thi khi AB di chuyén nhung van vg IH chic chin ton tai vi tri tg JAB dang cin bién thanh déu.
Khi d6 sé ra ddp s6 AB. Vi ddp 4n 12 c6 sin.

Day chinh 1a cich ngan nhét da dudc dua ra.

Con c6 cach khéc goi 2 diém A, B nhung phtc tap hon trong tinh toan nén minh da khong gidi thiéu.

Chon dap an @

b
AXTP ad = be # 0),
cx+d

Cau 48. Dua vao do thi ham s6 ta thiy day 13 do thi ciia ham phan thifc dang y =

nén ta loai ddp 4n y = x* + 2x> — 1.
Tir d6 thi ham s6 ta thay do thi ham sb c6 tiém can ngang 1a duong thang y = 1 va tiém can ding 1a dudng

thang x = —1 va di qua di€ém M(0; —1) nén d4p 4n can tim lay =

Chon dép an @

x+ 1
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Cau 49. Pao ham ta dudc 4’ (2x) — 2f'(1 — 2x) = 24x.
Thay x = 0, ta dugc 2£(0) + £(1) = 0vadf (0)-2f(1)=0 (1).
1
Thay x = 5, ta dude 2(1) + £(0) = 3va4f' (1) =2 (0) = 12 (2).
Giai hé (1) va 2, ta dudc f(1) = 2 va f’(1) = 4. Nén phuong trinh tiép tuyén ctia dd thi ham s6 y = f(x) tai
diém c6 hoanh do bang 1 1a: y =4(x — 1) + 2 = 4x — 2.
Chon dap an @

Cau 50.
Goi G la trong tdm cua tam giac ABC.

Ta co
G € (o) N (ABC)

AB||A'B
A'B’ C (@) = MN || AB.
AB c (ABC)

(@) N (ABC) = MN
GoiAAMNBNNCC' =K.
Goi H, F 1an lugt 12 hinh chiéu vudng géc ctia M, K trén mp

(ABC).

xe CM CN MN

Tam gidc ABC,taco: MN ||AB = — = — = — =
CA CB AB

2

3 KM KN

Tam gidc KA’B’, ta c6: MN || AB" = — = — =

KA’ KB’
MN 2 .
=—-VviA'B’' | AB,A’B’ = AB,;
A'B 3

KM KC CM 2

Tam giac KA'C’,tac6 CM || A’C' = = =-ViA'C' || AC,A’C" = AC;
KA KC'  A'C' 3

. , AM A'H MH 1
Tam giac KA'F,tacé MH || KF = = = =- = KF =3MH.
) A'K  A'F KF 3
Ta co
Vimune KM KN KC 2 2 2 8

Viawe KA KC' KC' 3 3 3 27
8

= Vikune = == - Vkapc-

) 27
Goi Vapcapce = V.

1 1 8
Mét khac, ta c6 Viapc = g - KF - Spappc = g -3-MH -Sppper =V = Veune = —=-V=aV =

8 19 21
V—— -V=—V.
27 27
DodoV,=V-V, =V 19V—8V
v2_19 S, ASY R
Viay — = —.
V, 8
Chon dap 4n (B)
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PAP AN CHI TIET MA PE 2G104
Bién dich: Ngay 2 thdng 11 nam 2020

Cau 1. T bang bién thién ta thiy ham s6 di cho dong bién trén cic khoang (—oo; —1) va (0; 1).
Chon dap an @

Cau 2. Tap x4c dinh ciahdim s61a 2 = R.

x=0

X=2-m (%)

Néu 2 —m > 0 & m < 2 thi (x) c6 hai nghiém phén biét khac 0 nén phuong trinh y = 0 c6 ba nghiém phan
biét va y’ ludn ddi diu qua ba nghiém dé. Do d6, véi m < 2 ham s6 c6 ba diém cuc tri.

Néu m > 2 thi () vo nghiém hoic c6 mot nghiém x = 0 nén phuong trinh y’ = 0 chi c6 mdt nghiém x = 0
va y’ ludn ddi ddu qua nghiém d6. Vay v6i m > 2 ham s ¢6 mot diém cuc tri.

Chon dép an @

Tacéy =4x> +4(m-2)x,y =0 &

Cau 3. DBuong tron (C) ¢6 tam I(2; —1), ban kinh R = \/22 + (=12 = (=15) =2+/5.

VidquaM(1;-3)nén 1 +b-(-3)+c=0c=3b-1=d: x+by+3b-1=0.
, 2+b-(-1)+3b-1| 126 + 1|

Tacod(l,d) = = .

V1 + b2 V1 + b?

1 —
Dién tich tam giac IAB1a S 45 = EIA -IB-sinAIB =

.24/5-2+/5 - sinAIB = 10 - sin AIB.

— — 4 — 3
Suyra8 =10-sinAIB = sinAlIB = 3 = cosAIB = J_rg.

IA? + IB* — AB? 3 20+20-AB? 3 40-AB? 3
Do do _—t-s ——— =*—- = = 4+—
2-IA-IB 5 2.245-24/5 5 40 5
40 — AB*> =24 AB’ =16 [AB:LL
= = =
40 — AB* = -24 AB’ =64 AB = 8.
Ct IAB_2 s _2 s N —AB —AB

2b+1

o V6iAB=4thid(l,d) = 4 = 126+ 11 —4=2b+1|=4V1+ b2
V1 + b?

S4b2+4b+1 =16+ 16b* & 12b*> —4b + 15 = 0 (v6 nghiém).

25+ 1
e V6iAB =8 thid(l,d) =2 = 126 + 11 =2=P2b+1]=2V1 + b2
A/ 2

1J§b
@4b2+4b+1:4+4b2®b:1:>c:z.
Viyb+c=1.
ChQndépz’m@

Cau 4. Vitai diém x = —2 ham s6 khong dat cuc tri.

Chon dap an

Cau 5.

Chon dap an

2 -3x-4
Cau7. x> -16=0 x=—4hay x = 4. Tacé lim Sl
-4 x2—16

o xX=-3x-4  x+1 5 . ) .
va 11_>rr41 2 _16 - Ll_l’)ri Pt Nén do thi ham so0 c6 mot duong ti€ém can ding
Chon dép an @
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3+ — 3+ —
3x+1 3x+1 3
Cau8. Taco lim - = = Zva lim 2 = X=-_Z,
X—+00 — 2_x X—+00 1 2 X——00 1 — 2x X——00 1 2
--2 --2
X 3 X
Vay phuong trinh dudng tiém cin ngang ctia do thi ham sdlay = —5
Chon dap an @
Cau 9. Taco:
3x+1

li = i =
o)y |
= x= 3 12 tiém can ding ctia d6 thi ham sd.

) . 3x+1
lim y= lim = 400
Ny Ly 2x—1
g (2) * (32) - ;
+ R .
o lim y= lim 2x - =5 == latiém can ngang ctia d thi ham 5.
X—+00 X—+00 X —

Chon dép an @

Cau 10. Tacé f(x) -3 =0 o f(x) = 3.

Nhin vao bang bién thién, dd thi ham s6 y = f(x) va dudng thang y = 3 ¢6 3 giao diém phan biét.
Vay phuong trinh f(x) — 3 = 0 c6 3 nghiém.

Chon dap an @

Cau 11. D6 thi da cho 13 d6 thi ham s6 bac ba y = ax® + bx?> + cx + d ¢6 hai cuc tri va a > 0 nén ham s6
cantimlay = x* — 3x% + 3.
Chon dap an @

Cau 12. S6 nghiém clia phuong trinh f(x) = m 1a s6 giao diém clia dudng thang y = m véi do thi ctia ham
Séwy - f(X) 2 - N 2

bé phuong trinh f(x) = m ¢6 3 nghiém phan biét, thi dudng thang y = m cat do thi ham so y = f(x) tai 3
di€m phan biét & -1 < m < 3.

Chon dép an @

Cau 13. Nhin hinh vé ta dém dugc 9 mit gom c6 4 mit trén chép, 4 mit xung quanh va 1 mit day.
Chon dép an @

Cau 14. MJi canh cida hinh da dién 1a canh chung cta diing hai mit, nén ddp 4n “MJdi canh Ia canh chung
ctia it nhat ba mit” sai.

Chon dap an

Cau 15.

Hinh ling tru tam gidc déu ABC.A’B'C’ ¢6 4 mit phang ddi xing 1a N J c
(AHKA"), (BB'JF), (CC'IE), (MNP). 1 rK
B’
trong d6 M, N, P, 1, J, K, E, F, H 1an ludt 1 trung diém clia cic canh AA’, BB’, Ma-1- R p
CC',A'B',A'C’,B'C’, AB, AC, BC. N P
F
A i;:: i Bl C
ENSH
B

Chon dap an @

Cau 16. Hinh lap phuong: c6 9 mit phang d6i xing.
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Chén dap 4n

Cau 17. Taco SABC =

Chon dép an @

A

A 4

Cau 18. Tap cac dinh ¥ = R.

Tacoy =—xX*+2x=y =0

Bang bién thién

4 ,C/ B/‘ C/ Bl‘ 'C,
Z ;D A D A D
BlliiiiiiAij C B/Li: 77777 -7 C B/l 7777777 -7 C
/D Al “Vp - D
/‘ /'Cl B/‘ Cl /” C/
C ——D A = D A
By - e p —— e Bjp---m-n- Jc
/D AL D Ak D
/‘ ,C/ B/‘ 'C/ Bl‘ ‘ 'C/
: D vl
"\ JD A, //\ iy A, | | D
[y 1Jc B ¢ Bi-|---1-4c
/: 7777777 _ //B // ///
/D ALK D Al Vp
a3
" Vi_ava
. N | 1 24/3 3
Thétfchkhélchépdacholav:g-SA-SABczg-za-“4 - .
x=0
x=+V2.
X | —o0 _\/E \/i +00
fo+ o - 0 + 0 -
3 3
fw \2/ ~_
—0 —0

Dua vao bang bién thién suy ra ham sb dong bién trong cac khoing (—oo; - \/5) va (O; \/5)

Chon dép an @

Cau 19. Ta c6 ham sb y = ’1“

Doy =

(1 -x)?

>0, Vx # 1.

1
xac dinh trén ¥ = R\

X

{1}.

Nén ham s6 dong bién trén cac khodng (—oo; 1) va (1; +00).

Chon dép an @
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Cau 20. Tap xac dinh Z =R\ {-1}.
1

Tacdy = < 0 v6i moi x € 2. Vay ham sb ludn nghich bién trén tiing khoang xéc dinh va khong

S+ 1)

¢O cuc tri.

Chon dap an @
x=-1

Cau 21. Xétphuongtrinhy =0 & 4x’ —4x=0= |x =
x=1.

LAp bang bién thién ctia ham s6:

X | —o0 -1 0 1 +00
1(x) - 0 + 0 - 0 +

m T T

Tir bang bién thién, gid tri cuc tiéu cia ham sd 13 yor = 2.
Chon dap an @

Cau22. Tacéy =3mx> +2x+m? —6,suyray’ = 6mx + 2.
PéhamsédatcuctiCutaix=1=y(1)=0=>m?>+3m-4=0om=1Vvm=—4.
Xét dicu kién y’(1) >0 © 6m+2>0 & m > ~3 thi c6 gia tri m = 1 thda man.

Vay m = 1 1a gid tri cAn tim.

Chon dép an @

Cau 23. Ham sb dat cuc dai tai x = —2, gid tri cuc dai ycp = 3.
Ham s6 dat cuc tiéu tai x = 2, gid tri cuc tiéu ycr = 0.
Chon dép an @

Cau 24.
Chon dap an @

Cau 26. Taco

e lim y= lim [2+2017f(x)] =2+2017 lim f(x) =2+2017 = 2019.
X—+o00 X—+00

X—+o00

o lim y= lim [2+2017f(x)] =2+ 2017 lim f(x) =2+ 2017 = 20109.

X——00

Vay phuong trinh dudng tiém cin ngang ctia dd thi hAm sd y = 2 + 2017 f(x) lay = 2019.
Chon dap an @

3
Cau 28. Dién tich tam gidc ABC 1a: S = (2a)® - % = a> 3.
3-V.
Ta co: VS,ABC = _h'SAABC =>h= - SABC = Cl\/g.
3 SAABC

Chon dép an @



Cau 29.
Ta co VO'BCD = 500, - SABCD -
= 6Vopep = 36a’.

1
- 00’ - SABCD = _VABCD.A’B’C'D’

6

woxlr—‘

= Vuscpapcp
OI
Bl

Chon dap an @

Cau 30.
Ta c6: SABCD =AD-AB = 2(12A
(SC,(ABCD)) = (SC,AC) = SCA = 45°
= SA=AC = VAD> + DC? = a V5
24° \/§

3

1
= VS.ABCD = 52612 - a \/_ =

Chon dédp an

Cau 31.
Goi O 1a giao diém 2 dudng chéo, I 1 trung diém cua BC.

Tacoé O = OC - cos45°—AC \/_ a\/_

2 2
Vi (§S BC) N (ABCD) = BC,S1 L BC,10 L BC nén goc gitia (S BC) va mat
day la S10.

DI

Cl

— SO SO
tanSIO:ac>tan45°—a:>S0 Ol = ;/_
\ 2
Chidu cao hinh chop 1a h = SO = %f
Dién tich ddy S 0% = AB* = (AC - cos 45°)* = 24>,
. 1 laV2 342
Thé tich hinh chép V = ~hS = lav2 , ,_@V2
3 32 3
Chon dap an @
GginAJa trung diém cia BC = A’H 1 (ABC) = A’AH = 30°.
243 3
Ta c6 S e = = ;/_ vaAH = %
) 3 1
Pudng cao cua khoi lang tru: A’H = AH - tan 30° = d =2
2 V3 2
. ) 243 33
Thé tich khéi ling tru 13 V = § supc - A/H = & ;/_ : g _ 4 8‘/_




Chon dép an

Cau 33.
Goi I 1a trung diém doan AB, H 1a tAm clia dudng tron ngoai tiép AABC. S
Hinh chép S.ABC 1a chép déunén SH L (ABC).
2 2 243
TamglacABCdeunen CH=-=-CI=- a\/_ —dvaSABC— a \/_
3 32 3 4
& VB !
Taco SH = VSC?>-CH? = 4a2—?:a 3 ;
. 1 A V11
Vay VSABC:§SABC‘SH: o B
Chon dép an @
Cau 34.
Ap dung hé qua dinh Iy cosin trong tam gidc ABC ta c6 $
—  AB*+BC’-AC* 6 +5 -4 3 V1
ABC = = =2 = sinABC = —
cos 2-AB- BC 265 4 4
1 — 15
Dién tich ddy S ssc = 5AB - BC - sin ABC = —\/_ R
o . 15
Vay thé tich khéi chép S.ABCTAV = = -8 - —\f = 10V7.

5

Chon dép an

Cau 35. D6 thi ham s6 di qua diém O(0; 0) nén loai hAim s6 y = x* — 3x% + 1.
Do thi ham s6 di qua diém (1; —1) nén chi con ham y = x* — 2x? thda man.
Chon dép an @

Cau 36. Tacody = 3(x+m)* + 3(x +n)> = 3x> = 3[x* + 2(m + n)x + m* + n?].

< x » a>0
Ham so dong bién trén (—oo; +00) & {A <0 < mn < 0.

m=0
n=0.
Do vai tro cua m, n 1a nhu nhau nén ta chi can xét truong hop m = 0.

° THl:mn:O(:)[

2
:>P:4n2—n:(2n—l) i ——(1)
4 16

e TH2: mn <0 & m > 0;n < 0 (do vai tro ctia m, n nhu nhau).

11
TacéP:(Zm—Z) —1—6+4n + (- n)>——(2)

1

1 .
Tu (1), (2) ta co Py = ——. Dau ” =" xay ra khi va chi khi m = =0hoacm =0;n = 3

16
Chon dap an

OOI»—*
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) 5
Cau 37. Xéthamsoy = f(—2 al )cé dao ham
x> +4

, 5\ [ 5x
Y= (x2+4).f(x2+4)
B -5x2+20 [ 5x
T (2 44y 'f(x2+4)

) 2 3
_ S5x +20. 5x 5x I 5x 15
(2 +4)2 \x*+4 x> +4 X2+4

_ -5(2-4) 252 [~ +5x—4\(-15x + 65x — 60\’
(X2 + 4)? '(x2+4)2'( x*+4 )( x*+4 )
—5(x% —4)-25x% - (—x + D)(x = 4) - [5@x = 4)(—x + 3)]?

(x2 + 4)8 '

Khidoy =0 =5(x* —4)-25x% - (=x + )(x —=4) - [5Bx - 4)(-x +3)]’ = 0.

X 4
D¢ thay, phuong trinh y’ = 0 ¢6 6 nghiémboiléla: x = +2; x=1; x =4; x = 5; x=3.
2 e 2 5
Vay s0 diém cuc tri ciia ham séy:f( 2x )1216.
x> +4
Chon dép an (B)
Cau 38. Tacé f'(x) = —3x> — 6x.
xX=-
Suyra f'(x) =0 &
x = 0.
Ma f(0) =a, f(-)=a-2, f() =a—-4.
Vay [_mlllll] JS(x) = min{f(=1); f(0); f(D} = a - 4.
Mé[nlli%f(x):Onéna—4:0<:>a:4.
ChQndépain©
x=0
51 V2
Cau39. Co6y =4x* -2 =0 iny=—taix=+——
au oy X X=Yy = x:iﬁ = miny 1 a1 x >
2
ChQﬂdépéﬂ@
Cau 41.
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Goi G, Q 1an ludt 12 trung diém doan BB’, CC’;
V = VABC.A’B’C’; h = d(A, (AIBIC/))

1
Goi H € BB’ sao cho BB’ =3BH = GH = GN = EBB’.

1 3
Tacd PQ = 7CC' = PQ = SHG, (do BB' = CC)).
NG+PQ . 5 5

= NG -h=Z:§
1 GHQ

Ma S yeor = >

(trong d6 i’ = d(Q, BB’).
1
= Vuncor = §SNGQP -d(M, (BB'C’'C))
51 5

=3 _SGHQ : d(M, (BB'C'C)) = _VM.GHQ-

2 3 5 5 2
= Vuncopr = 7VM.NHQP = ?VM.NPC’B’ (do S nuor = S nrerp)-
Ma Vi ncor + VM.AlfPC'lle' + Vuawpc =
:—V,V ///:—‘—h'S ///:—V

5 MABC =305 ampe = ¢
:>5V +V +1V—1V:>V —7V

g M.NHQP M.NHQP ? = % MNHQP = 376 .
= §VM.NHQP + Vunuor + EV = EV = Vunuor = V.
=YV =—V=V =—V+ V—23V—23207

MNGOP = 3¢ ABCMNP = 3¢ V=36 T 18

Chon dap an @
Cau 42.

Trong (SAD),ké SH L AD.

Lai cé: (SAD) L (ABCD) va (SAD) (ABCD) = AD.
Suyra: SH L (ABCD).

Ké dudng thang qua H, song song véi AB va cat BC tai K.

Do d6, HK = AB=avaBC L HK, maBC L SH nén BC L SK.

Suy ra: (S BC), (ABCD)) = (SK,HK) = SKH = 60°.

Xét AS HK vudng goc tai H, c6: SH = HK -tan SKH = a - tan 60° = a V3.

Xét ASAD vudng goc tai S, co:

Lo o o o oo avis
SH> SA?2 SD? ~3a2 4SD? SD? 2

1 1 1
Vay:VS,ABCD:g-SH-SABCng-SH-AB-AD:g-a«/}a
ChQndépén@

5vaAD = 24Y3
5aV3 3 5_a3

,SA=a

Cau43. Tac6 BC L (SAB) (vi BC L SA va BC L AB) Nén géc giiita S C, v6i (SAB) bing BS C = 30°.

Trong AS BC vudng tai B c6
BC = BC cot30° = a V3.
Trong AS AB vudng tai A c6

SA=VSB>-—AB? = a V2.
Ma SABCD = AB2 = (12

1 2a°
Vay Vs apcp = 561261 2= \/;a :
Chon dép an @

3
Cau 44. Chon B Taco: h'(x) = f'(x+4) — 2¢ (Zx - 5)

Cich 1 : Tric Nghiém :
Ta thdy &’ (6*),h’(7) < 0 nén loai A, C, D. Nén chon B
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Céch 2: ( Chi can xét trén [3; 8] )
. 3

T yéu cau bai toan nén 7'(x) > 0 & f'(x +4) > 2¢’ (Zx - E)
Nhan xét: 11,1, € [3;10] = f" (1) > 2¢' (1)
Tt yéu cau bai todn nén

x+4 €[3;10]

3 S

2x — 5 € [3;10]

Chon dép an @

9 23
X € [Z’ Z] Chon B

Cauds. y=x*+2mx’>+ 1,y =4x  +4mx; y =0 0 4x(x* +m) =0 & fcz_—o—m

Dua vao day ta thiy m phai 1 1 gia tri nhé hon 0 nén ta loai di dap 4n C va D.

Thi véidap an B: véim = —1tacéy =0c6é63 nghitmx =0;x=-1;x =1

y(0) = 1;y(=1) = 0; y(1) = 0 = 3 diém cuc tri ctia do thi 1a: A(0; 1); B(—1;0); C(1;0).

Ta tht lai bang cach vé 3 diém A, B, C trén cung hé truc toa do va tam gidc nay vudng can.
Chon dép an @

Cau 46.
Taco2x> +2xh+4xh =6,5 < h =

6,5 — 2x?

6x
V13

=

Doh>0,x>0nén6,5-2x>>00<x< =
6,5x — 2x° 13
Lai c6 V = 2x%h = % = f(x), véi x € (o; T\/_) |
13 39 X
f(x)=—-2x, f'(X)=O<:>x=i£. .
6 6 2%
. o VF VT3
6 2
J'(x) + 0 -
1339
f) _— 54 ~_
V39) 1339
Vay V < = ~ 1,50 m>.
v f( 6 54 "
Chon dép an (B)
Caud47. Tac6 > +x+2>0 Vx € R nén ham sd x4c dinh va lién tuc trén R.
+ Do thi ham s6 khong c6 tiém cén diing.
1
x|2-- 72— 1
 lim —— ] I a I X 2 nény = 2 Ia tiém ca
im ——— = lim = lim ———=——— =2 nén y = 2 la tiém can ngang.
X400 m X—+00 1 2 X—+00 1 2
xXAll+-—+—= l+-+—
X X X X
1
x|2--— 72— 1
X 2x—1 . X . X n A ~
+ lim ———— = lim = lim = —2 nén y = -2 la ti€ém can ngang.

X——00 1lx2+x+2 X——00 1 2 X—+00 1 2
—x4/l+-+= —y/l+=-+=
X X X X

Vay dd thi ham sb da cho c6 2 dudng tiém can.
Chon dép an @
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Cau 48. Quan sit do thi ta thiy:

Do thi hinh trén 12 d6 thi cia ham sd: y = ax* + bx> + ¢ (a<0).Loaiy=x*—x>—1via > 0.
Ham s6 c6 3 diémcuctri @ a-b<0maa<0=b>0.Nénloaiy=—x* — x> + 2.

Do thi ham s6 cit truc tung tai diém c6 tung do duong nén ¢ > 0. Nén loai y = —x* + 2x% — 2.
Chon dép an @

X +x+1+x+2+x+3
x+1 x+2 x+3 x+4

Cau 49. Xét phuong trinh hoanh do giao di€m:

biéu kién: x € R\ {-1; -2; -3; —4}.
) X x+1 x+2 x+3
Taco (x) © m= + + + +x—|x+1|.
x+1 x+2 x+3 x+4

=lx+1|—x+m(x)

X x+1 x+2 x+3

Sb nghiém ctia phuong trinh (*) bang sb giao diém ctia hai dd thiy = + + "
ghi€ém cua p g trinh (*) g s0 giao diém cua hai do thi y I

+x—|x + 1]
vay =m.
Ta co:

’

B N 1 N 1 N 1 N x+1

(x+1? (x+27 (x+37 (x+4) lx + 1]
, 1 1 1 1 x+1]—-(x+1)
y = 2t 2t 2t 2

(x+1* (x+2* (x+3)° (x+4 lx + 1]

,(Vilx+1>x+1¥Vx£#-1=|x+1-(x+1)>0Vx £ -1).
BBT
Tt bang bién thién, d€ phuong trinh ¢6 4 nghiém phan biét thi m > 3.
Chon dap ain@

>0VxeR\{-1;-2;-3;-4}.

Cau 50. Goi M, N 1an luot 1a trung diém ctia CD, AB. Khi d6 ta tinh dudc AM = BM = 3, suy ra MN =

2
X
9- =,

lo_ 22
Goi h 1a chiéu cao ctia khdi chop ha tit dinh A, ta c6 h = = 2 £ VA g, khi x = 3 V2.
Chon dap an @
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PAP AN CHI TIET MA PE 2G105
Bién dich: Ngay 2 thdng 11 nam 2020

Céu 1. Duya vao bang bién thién.

Chon dap an @
Cau 2. Tap xac dinh: Z =R

) 3 5 x=0 y=35
Taco:y =4x’ —4x=4x(x"-1);y =0 & =

x==1 y=4.
Bang bién thién:
X |-oo -1 0 1 +00
f'(%) - 0 + 0 - 0 +

+

00 +
£ \4/5\4/

(0]

Két luan: Ham s6 c6 3 cuc tri.

Nhan xét: V6i ham da thic bac 4 trung phuong: y = ax* + bx*> + ¢, (a # 0)

Néu ab > 0 thi ham s6 ludn cé 3 cuc tri

Néu ab < 0 thi ham s6 ludn ¢é 1 cuc tri

Nhu vy v6i ham sb trén thi ta c6 thé chon ngay dap 4n ma khong can phéi tinh dao ham hay vé bang bién
thién.

Chon dap an @

X +2x-3 _(x=Dx+3)

Cau3. Tacoy = f/(x) =
au s Taeoy =110 =" x+12

x=1¢[-4;-2]
y=0&
x=-3¢€[~4;-2].

Ta thiy f(—4) = ‘% f(=3) = ~6: f(-2) = ~7.Do 6 min f(x)=~T7.

Chon dap an @

Cau 4.

Cach1: Tac6y =2x=>y =0 x=0. X | —oo 0 +00
Tir bang bién thién ta suy ra gia tri nhd nhét ctia ham sb da chola | - 0 +
m=—1. +00 +00
Ciach2: Vi’ >0,VxeR=>y=x*-1>-1,VxeR. y \ /
Vay gia tri nhé nhit ctia ham s6 dd cho lam = —1.

Chon dép an (B)
Caus. y = 3x> — 14x + 11 ¢6 hai nghiém x = 1 € [0;2], x = —% ¢ [0;2]
y(0)=-2;y(1)=3;y2)=0dodom = lg(}izllly =-2

Chon dap an

Cau 7. Tir bang bién thién ta thdy lim y = +2 nén do thi ham sb c6 hai tiém can ngang 1a cic dudng thang

X—=+00

y=-2vay=2.

Chon dap an

Cau 8. Vi d6 thi ham s nhan dudng thing y = 2 1a mot dudng tiém cin nén dudng thang y = 2 1a duong
tiém can ngang ctia do thi ham s6 doé.
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. 3 3 .
Ham s6 y = x2 c6TXP1a 2 =R\ (2} va lim y= lim x2 — 3 nén dudng thing y = 3 12 TCN ciia
X — X—=+00 X—+00 X —
dd thi ham sb (loai).
<o 2x-1 | X <0 . 2x-1 NN 2 .
Hamsoy = c6TXPlaZ =R\ {2} va lim y= lim > = —2 nén duong thang y = -2 la TCN
- X X—+00 X—+o00 — X
cia dd thi ham sé (loai).
<4 —2x-1 X <o . —2x—1 PN 2 .
Hamsoy = c6TXPlaZ =R\ {2}va lim y = lim > = 2 nén duong thang y = 2 1a TCN
- X X—>+00 X—>+00 - X

cia dd thi ham sé (nhan).
Hims6y=x-2c6TXP1aZ =Rva lim y= lim (x—2) = —cova lim y = lim (x - 2) = +o
X——00 X—+00 X—+00

nén do thi ham sb khong c6 duong TCN (loai).
Chon dap an @
Cau 9. Tap xac dinh ¥ =R\ {1}
3
3-2x T2 , X )
lim y = lim T = lim = —2 = duong thang y = -2 la tiém cén ngang cua do thi ham so.
X—*00 xX—*oc0 X — X—*00
o
Chon dap an @
x+1>0 x>-1
Cau 10. Pidukién: {x> - Sx+6#0 © {x ¢ {2;3} & xe[-1;4)\ {2;3}.
4-x>0 x<4
Vay tap xdc dinh ctia ham s6 1a: [-1;4) \ {2;3}.
Chon dép an @

Cau 11. Duya vao do thi, phuong trinh c6 bdn nghiém thuc phan biét khi 0 < m < 1.
Chon dap an @

Cau 12. S6 nghiém ciia phuong trinh f(x) = m 1a sb giao diém ctia dudng thang y = m véi d6 thi cia ham
Séwy - f(X). 2 z N 2

bé phuong trinh f(x) = m ¢6 3 nghiém phan biét, thi dudng thang y = m cat do thi ham so y = f(x) tai 3
diém phan biét © -1 < m < 3.

Chon dap an @

Cau 13. Theo dinh nghia khi da dién (H) dudc goi 1a da dién 15i néu doan thang nbi hai di€ém bét ky cta
(H) luén thudc (H).

Cén ct dinh nghia trén thi hinh 1, hinh 2, 3 1a khong phai, hinh 4 14 con phu thudc vao géc nhin.

Chon dép an @

Cau 14. Nhin tf hinh vé ta thiy hinh da dién da cho c6 16 canh.

Chon dép an

Cau 15. Mt phang d6i xting ctia khdi tif dién déu 1a mit phang chita mot canh cia td dién dong thoi di qua
trung diém cta canh d6i dién ctia no.

Chon dép an @

Cau 16. Hinh 1ap phuong c6 9 mit phang dbi xuing. .
Chon dap an @

Cau 17.
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Ta c6 thé tich ctia khdi hop chit nhat Vagepas ey = AB-AD - A

AA’ =3-4-5 = 60 (dvtt).

D
C
A/
e EEEEE
D’ C
Chon dap an @
Cau 18. Ham sb dong bién trén (—oco; +oo0) khi va chi khi y’ > 0, Vx € R.
Xéthamséy=x+3x2+3x+1tacdy =3x2+6x+3=3(x"+2x+1)=3(x+1)>>0.
Nén ham s6 y = x> + 3x% + 3x + 1 ludn dong bién trén (—oo; +00).
Chon dap an
A , x=2
Caul9. Tac6y =32 -12=0¢ 5
x=-2.
y' < 0 véi moi x € (—2;2) nén ham s6 nghich bién trén khoang(-2; 2).
Vay ham s6 nghich bién trén khoang (-2;2).
Chon dép an @
Cau 20. Tacédy = 4x* — 6x = 2x(2x* - 3).
[x =0
V6
Khidéy =0 2x2x*-3)=0 & =5
V6
x=—.
. - 2
Bang bién thién:
X —00 _ﬁ 0 ﬁ +00
2 2
1 (x) + 0 - 0 + 0 —
V6 V6
F00) N2 N2
—00 -3 —00

Két luan: Ham s6 di cho c6 3 diém cuc tri.
Chon dap an @

Cau 21. Tap xac dinh cia ham s6 = R.
+Pao ham y’ = 2x* — 4x.

X
+y=002-4x=0o

0
X ==

V2.
~ A 1 A R . 2 S A 1N
+Vihésoa= 5 > 0 nén diém cuc dai cua ham so la xcp = 0.

Chon dép an @
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Cau 22. Ham sb dat cuc dai tai x = —2, gid tri cuc dai ycp = 3.
Ham s6 dat cuc tiéu tai x = 2, gid tri cuc tiéu ycr = 0.
Chon dap an @

Cau 23. Ham sb xic dinh khi x — 1 > 0 (vi % khong nguyén) tic 1a x > 1 vy tap xdc dinh ham sb 1a
D = (1;4c0)

Chon dép én (C)
5 o Jl6-x20 . o
Cau 26. Tap xac dinh: | 16 £ 0 & —4 < x < 4 = Ham s0 khong c6 tiém can ngang.
x —_—
V16 — x? 16 — x?
Mit khdc lim ——— = —co; lim ———~ = —co
x4t x2—16 x4 x2—16

= Ham s6 c6 hai tiém cin diing x = —4 va x = 4.

Chon dap an

Cau 27. Tap xac dinh cahaim s6 y =

Nt 3 G = [23:—1) U (=1: 1) U (1; +00).

Ta co x1—i>r—r117 y =400 = x = —1 la dudng ti)éc:in_calfln diing ctia dd thi ham sb.

Tecs iy =3 limy = g

Vay d6 thi ham sb y = @ c6 1 tiém can ding.

Chon dap an ’

Cﬁl{ 28. ) X X

Chiéu cao h cua khoi lang tru ABC.A’B’C’ chinh bang chiéu cao A C

ctia khoi chép A.A’B'C’.
3 1
Ta co: VABC.A’B'C' =h- SAABC =1= SAABC = Z

Thé tich V ctia khdi chép A.A’B'C’ la:
1

% per ==h-S = —.
ABCA'BC = 3 2ABC = 3
A/
C
Bl
Chon dap an
Cau 29.
Goi lang tru luc giac déula ABCDEF.A'B'C'D'E'F’. B ; . C
2 I |
Ta c6 dién tich ctia tam gidc déu canh a la suy ra dién tich day 4 | | 5
q | | b
V3 34’3 | !
S ABcDEF = 6 i -, . 1%
Chiéu cao ctlia ling tru 1a 4a. | |
. , s 3a> V3 | |
Vay thé tich cua lang trula V = 4a - @ V3 = 64> V3 (dvtt). | |
2 B//'. _________ .'\C/
A« 4 \DD'
F’ E’

Chon dép an @
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Cau 30.

Céch 1:
ABCD 1a tii dién déu cic canh déu bang a.
Do DA = DB = DC nén D thudc dudng thang vudng géc qua tim ctia tam
gidc ABC, suy ra DH 1 (ABC), v6i H la trong tam ABC.
Goi M trung diém BC.
aV3 2 _a V3
3

Tam gidc ABC déu nén AM = T ;AH = —AM = 3
Xét tam gidc vuong ADH ta co:

DH = VAD? - AH? = “ ‘/_
2
3

Vay thé€ tich khoéi tu dién 12 Vapep = §DH Sapc = § . aT L 4;/_ =
&3

12
Cach 2:

2z PRETPN 2 £ Y . A P \/E 3
The tich ti dién déu co6 canh bang a dudc tinh theo cong thuc V = T -a.
Chon dép an @
Cau 31.
Cong thiic tinh d6 dai dudng chéo cia hinh 1ap phuong la AC” = A B
V3AB. . N
Theo bairatacd AC' =a & \/§AB:a(:)AB:$. E "\
D t
V3a® TN C

Viy V = AB® = . ) N

ay 9 A/L::____\_\\_ __________ B’

D’ (04
Chon dap an @
Cau 32.
Goi I 1a trung diém doan AB, H 1a tim clia dudng tron ngoai tiép AABC. S
Hinh chép S.ABC la chép déunén SH 1 (ABC).
2 2 a* V3
TamglacABCdeunen CH==-CI=- a\/_ = dvaSABC— \/_
3 32 3 4 A
2 33 ¢
Tacé SH = VSC2— CH = 1/4a2—%:aT\/_. :
1 @ V11

B = - . H = .
Vay Vsanc 3SABC S B B
Chon dép an @
Cau 33.
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Gia st ABCD 1a t dién déu canh a. Goi I 1a trung diém doan AB, H 13 tAm D
clia dudng tron ngoai tiép AABC.
Do ABCD 1a ti déu nén DH 1 (ABC).

A 2 2 4\ 3 23
Tam gide ABC déu nén CH = SCI = 5 - % - % VA S ape = & 4\/_. A c
2
6
Tacé DH = VDC2 — CH? = aZ—% :“T\F' I
1 V3 avo V2 B
Vay : Viscp = =S aapc - DH = : = .
ay ABCD 3 AABC 4 3 12

Chon dap an

Cau 35. Dua vao do thi va ddp 4n, hAim s6 can tim cé dang y = ax*+bx*>+c véia > 0. Loai y = —x*+5x*—1.
D6 thi ham s6 cit truc tung tai (0;¢) véic < 0. Loai y = 2x* = 3x2 + 1.

. R . >0
Ham s6 y = ax* + bx? + ¢ can tim ¢6 2 cuc ti€u va 1 cuc dai khi {ab<0
a .
sxétdipany =20 —32-1: 127279 (thoa man)
= 42X —IOX — 1] .
pany ab=—-6<0
e xétdipany =122 -1:49717 0 qoan
=X xX° — ) .
pany ab=2>0 "~
Vay.
ChQndépain©
Cau36. Tacoy = f(5—2x) = y = —2(5 - 2x).
N £ A 2 . 5-2x<-3 x>4
Ham so dong bien khi -2’5 -2x) >0 f'(6-2x) <0 & S
—-1<5-2x<1 2<x<3.
ChQndépain©
Cau 37. Ham sb da cho c6 tap x4c dinh 2 = R\ {-1}.
Ta o6 X +2x-3
acoy = .
YT Ty
-3
y=0¢&

Bang bién thién

x —00 -3 -1 1 +00
y + 0 - - 0 +
_6 +00 +00
¥ / \ \ /
—0 —00 2
Dua trén bang bién thién ta thAy ham sb dat cuc dai khi x = -3.
Chon dép an @
Cau 38. Tacé f'(x) = -3x> — 6x
x=-2
Suyra f'(x) =0 & [
x=0.

Ma f(0)=a, f(-1)=a-2, f(1) =a—-4.
Vay [_mlllll] Jf(x) = min{f(=1); £(0); f(1)} = a - 4.
Mé[_nlli%f(x):Onéna—4:0<:>a:4.

Chon dép an @
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Cau 39.
Chon dap an @

A ; S A s 1 3 -1

Cau 40. Xét m = 0 ham so tr6 thanh y = ; 3 , d6 thi ham s6 nay c6 1 TCD x = > valTCNy = CR
—2x +

Xét m # 0 khi d6 do thi ham s6 ludn c6 1 TCN y = 0.

bit g(x) = mx? — 2x + 3.

DE dd thi ham sb c6 diing hai dudng tiém cén thi

1
THl:A;,:Oc>1—3m:0<:>m:g,tadUch:3lé.TCD.

g)=0  \m+1=0
Vay ta c6 3 gia tri cua m thoa man.
Chon dap an @

A;,>O 1-3m>0 .
TH2: = & m = —1,tadudc x = -3 1a TCD.

Cau 41.
Goi N, M 1an lugt 1a trung diém clia cdc canh SA, BC. S
Ta c6 ASAC can tai C va AS BA can tai B

CN L SA
= SA L (BCN) = SN L (BCN).
BN 1 SA

Do do: 1 N
Vs nBe = §SABNC -SN;
Vsnse SN 1 1 A

=V ==-V .
VS.ABC SA 2 S.NBC = 2 S.ABC

Vay thé tich khdi chép S.ABC 16n nhit khi va chi khi Vi yac 16n nhit. M

Ta co

e NC= VSC?-SN?=4[1-~=

2
o NM = VNC? - MC2:\/ _%_%:\/1_%;

1 1 x2

S =—MN-BC=—=-x-4/1 - —.

® O ABNC 5 3 3
1 1 x 2 ox 1 2 X2 X2
Vay V. ==-S SN==-=-{|/l-—=- === | |— - —|1-—
W VsNBC = 3 aBNC 32 ) 3\/4 4( 2)

,x X2 x?
Ap dung bét dang thiic Cauchy cho 3 sb —, Z’I_E’ta co

4
x_2+x_+1 RS L x_ _x :ax_z.x_z.l_x_zsl_
4 2°"\V4 4 4 4 2)73

| G

= Vsnpe = §SABNC -SN <

27"
1 ) 2 2 243
Do d6 Vs.vac = 3 mc - SN 16n nhét khi va chi khi xz —1- % & x= T\/_
Chon dap an @
Cau 42.
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) \%4
Goi V = Vs apcp = Vs.apc = Vsapc = =+

2

2 . SI 2
Trong mat phang (SAC), goil =SONAM = 50" 3
Trong mit phang (S BD), dung dudng thang di qua I va song song vdi
BD cat SB, S D lan luot tai E, F.
Suy ra thiét dién ctia (P) va khdi chép chinh 1a ti gidc AEMF.

SE SF SI 2
Dodo V, =V, WMy=V-Viva—=—-==—-——=-.
0 do Vi S.AEMF> V2 1 va SIB SD_ SO _ 3

. Vsaem SE SM 2 1 14
Ta co: — =— —==-—==-=V ==V = —.
Vsasc SB SC 3 2 3 ' SAEMTRISARCT g
Vearm SF SM 2 1 1 1 1%4
: :—-—:—-—:—ﬁv :—V = —.
Veire SD SC 3273 sAFM = 3Vsapc = ¢
4 vV 2
Suyravl:VS.AEMF:VS,AEM+VS.AFM:g,dOdéVZZV_VI:V—gzgv.
vagrov.o2v 1
YV, T3 3 T2
ChQndépain©
Cau 43.
Cach 1: N
e ChonM e SB,Ne SCsaochoSM =S8N =a. N
e Hinh chép S.AMN canh bén bing a va ddy 1a tam gidc vuong tai M nén
taco V. = . C
aCO Vs AmMN 12 A
Tacs VL _SASM-SN 3 1.1 _1_ V2
[ ] — = = — i = .= = — = —
V SA-SB-SC 3 23 6 M7 2 B
Cach 2.
SA-SB-SC
Vs apc = — e V1 = cos2 60° — cos? 60° — cos2 90° + 2 cos 60° cos 60° cos 90°
a-2a-3a 1
& V=—r-—7r—4[1-2--
6 4
342
yo @V
2
ChQndépén@

Cau44. Him sdy = f(2 — x) dong biény’ = —f'(2 — x) > 0 & f(2 — x) < 0. Nhin db thi
©2-—x<-lhoaicl <2—-x<4e© x>3hoic-2<x<1
ChQndépén@

Cau 45. biéu kién dé€ ham bac 3 c¢6 cuc tri 1 b> — 3ac > 0, thay cdc gid tri cia m thi thiy m = —1,m = -2
khong thoa man nén chi c¢6 phuong an A ding.
Chon dép an @
2n
0;,—|.
)

Pitr= V2cos3x+m+2,1t>0.
Phuong trinh trg thanh 2 sin® x + sinx = 283 + 1 (¥).

Cau 46. Tacosinx >0, Vx €
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Xét ham s6 y = 2£° + ¢ xac dinh va lién tuc v6imoizt > 0=y =62+ 1 > 0, V¢ > 0.
Khi do

(*) f (sinx) = f(2)

t=sinx

V2cos3 x+m+2 =sinx

2cos’x+m+2 =sin’x

t 00O

2c08® x + cos? x + 1 = —m (xx).

2 1
bat u = cos x. V6i x € [O; ?ﬂ) thiu € (——; ]

\&)

)2 +u+1=-mvéiuce —5;1

[

) 1
Xétham sd f(u) = 2u + u?> + 1 véiu € (—5; 1] = f'(u) = 6u’ + 2u.

| ( 28)
u=—— = —
Cho f'(u) = 0 30727

u=0@w=1).
Bang bién thién
1 1
u ~5 -3 0 1
1) + 0 - 0 +
28 4

faw / 27 \ /

1 1

. < 1 . 2
Ta thy v6i m6i gid tri u € (—5; 1] thi ¢6 duy nhét x € [o; ?”)
0 N . 2 N N 2 g X PN A
Do d6 dé phuong trinh ban dau c6é ding 1 nghiém x € [0; ?ﬂ) thi duong thang y = —m cat do thi ham so
y = 2u? + u® + 1 tai ding 1 diém.
) ) 28
Tu bang bién thién ta thay m thda bai toan khi m = —1 hodc > <-m<4.

Vi m nguyén nén m € {-4; -3; -2; —1}.
Chon dép an @

Cau 47. Chon B
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Do tinh chit d6i xting nén tam giac IAB déu thiAB vuong goc v6i dudng phan gic goc ILIV.
x—1

Suy ra phuong trinh AB ¢6 dang y = x + m . PT hoanh d6 giao di€ém cta (C) va AB la: =x+me

X+
X+m+Dx+2m+1=0(x+#-2)

m>3+2V3
CoA=m’>-6m-3>0¢e
m<3-2V3
. s . N V3 V3
Ta c6: AABI can tai I do d6AABI déu khi VachlkhllH:TAB@d(I,AB):TAB.

eSS +m=logs(x—m) o 5 +x=logs(x—m)+x—-m
o x=logs(x—m) & m=x-5
Sgx)y=x-5ogkx)=1-51In5

1

(=4 g/()C) =0 x= logsﬁ

Ban Iuu y: - Khi /H song song v6i pg goc phan tu 2 va 4
- AB 1 IH thi khi AB di chuyén nhung van vg IH chic chin ton tai vi tri tg JAB dang cin bién thanh déu.
Khi do6 sé& ra dap s6 AB. Vi ddp dn 1a c6 san.
Day chinh la cach ngan nhat da dugc dua ra.
Con c6 cach khéc goi 2 diém A, B nhung phtc tap hon trong tinh toan nén minh da khong gidi thiéu.
Chon dép an @
Cau 48. Taco
-2 -m+3=0em=x"-2x>+3.
Xétham s6 y = f(x) = x* — 2x% + 3.
TXD 2 =R.
Y =4x —4x=0
& 4xX -4x=0
& 4x(x*-1)=0
x=0 y=3
S |x=-1=|y=2
x=1 y=2.

Bang bién thién

X | —o -1 0 1 +00
() - 0 + 0 - 0 +

) +w\2/3\2/+m

Nghiém ctia phuong trinh (x) 12 hoanh dé giao diém ctia db thi ham s6 y = m (dudng thang) va dd thi ham
s0y = f(x). i )

Yéu cau bai toan tuong duong dudng thang (d): y = m cat dudng cong (C): y = f(x) tai hai diém phan biét.
Dé phuong trinh ¢6 2 nghiém phan biét thi m > 3 hoidc m = 2.

Chon dép an @
-1 3 o . .
Cau49. Taco (C): y = al =1- c6 I(—2; 1) 1a giao diém cuia hai dutng ti€ém can.
x+2 x+2
3 3
A(a—2;1——)€(C) 171):(6!;——) IA = 612+2
a a a2

Xét = va
Blo—2:1-\ecy |B=(p-2 . 9
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IA? = IB?
Tam giac ABI déu khi va chi khi - —
cos (IA, IB) = cos 60°

9 9
2 2, 2
9,9 a+;—b +b2 (1)
a+—=b"+—
a b?
A ErET ©qab+—
IAIB 1 ab _ 1 2
IAIB 2 242 2
a2

Tir (2) tasuy raab > 0 vaa®> # b* (do A £ B).
9
Tﬁ(l)tasuyra(az—bz)(l——):0:>ab:3.

a’b?
o . . , 9 . 9
V6i ab = 3, thay vao (2) ta tim dugc a” + — = 12. Vay AB = IA = \[a* + — =2 V3.
a a
Chon dap an @

Cau 50.
Goi G la trong tdm cua tam giac ABC.

Ta co
G € (o) N (ABC)

AB || A’'B
A'B’ C (a) = MN || AB.
AB C (ABC)

(@) N (ABC) = MN
GoiAAMNBNNCC =K.
Goi H, F 1an lugt 12 hinh chiéu vudng géc ctia M, K trén mp

(ABC).
xe CM CN MN
T: idc ABC,tac6: MN || AB=> — = — = — =
am giac aco | = oA B - AB
2
3’
. . KM KN
Tam giac KA'B’, ta c6: MN || A’B" = —— = — =
KA’ KB’
MN 2 |
=—-VviA'B' | AB,A’B’ = AB,;
A'B 3

KM _KC CM

2
- — — \A/ ’ A A/ ’ :A .
KA - KO a3 MACHACAT =AG

Tam giac KA'C’,tac6 CM || A’C' =
. ) AM A'H MH 1
Tam giac KA'F,tacé MH || KF = = = = - = KF =3MH.
) A'K  AF KF 3
Ta co
Veiunve KM KN KC 2 2 2 8

Verse KA KC' KC' 3 3 3 27
8

= Vikunc = E “Vikapc.
Goi Vapcapce =V.

1 1 8
Mé.t khac, ta cé Viapc = 5 - KF - Spappe = 5 -3-MH -Spapper =V =2 Veyune = = - V=V =

8 19 27
ey Vemt
Dod6 Vo=V -V, =V—-—=V=—V.
odoV,=V-V, =V 27V 27V
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Vi 19
Vay — = —.

V, 8
Chon dép an @
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PAP AN CHI TIET MA PE 2G106
Bién dich: Ngay 2 thdng 11 nam 2020

Cau 1. Ham s6 y = f(x) c6 dao ham trén khoang (a; b).

+) Néu f’(x) > 0, Vx € (a; b) thi ham s dong bién trén khoang (a; b).
+) Néu f’(x) < 0, Vx € (a; b) thi ham s nghich bién trén khoang (a; b).
Chon dép an @

Cau 2. Ham sb y = f(x) dat cuc tri tai xy khi va chi khi x, 12 nghiém ctia dao ham.

(Chiéu ngudc lai chua chac ding vi néu f’(x) khong d6i dau khi x qua diém x, thi diém x, khéng la diém
cuc tri ).

Chon dap an @

Cau 3. Puong tron (C) ¢6 tam I(2; —1), ban kinh R = /22 + (=1)2 - (=15) =2 V5.

VidquaM(1;-3)nén 1 +b-(-3)+c=0c=3b-1=d: x+by+3b—-1=0.
2+b- (-1 3b-1 2b+1

Tacéd(r,d) = 2+ D+ | b1

V1 + b? V1 + b?

1 —
Dién tich tam gidac IAB1a S j4p = EIA -IB -sinAIB =

2+/5-2+5-sinAIB = 10 - sin AIB.

— — 4 — 3
Suyra8 =10-sinAIB = sinAIB = 3 = cosAIB = i§'

IA? + IB* — AB? 3 20+20 AB? 3 40-AB? 3
Do do6 = +— - =4 = = 4+—
2-IA-IB 5 2.245-24/5 5 40 5

40 - AB*> =24 2—16 AB=4

=

40 - AB? = —24 A32 = 64 AB = 8.
Mt khac S LiB. d(I,AB) = 1AB d(,d) = d(,d) = 25up _ 16
IAB = 2 AB = AB.

2b+1

e V6iAB=4thid(l,d) =4 = | |:4:>~|2b+1|:4\/1+b2
V1 + b2

4D +4b+1 =16+ 160> © 120> —4b + 15 =0 (VO nghiém).

2b+1
o V6iAB=8thid(l,d)=2 = 126+ 11 =2= b+ 1|=2V1+ 52
V1 + b?

o4’ +4b+1=4+4b*P ob="=c=-

3.

4 4
Vayb+c=1.

Chon dap ain@

Cau 4. Ham sb da cho xé4c dinh va lién tuc trén doan [—1;2].
Ta cé:y’ = 6x% — 3.

V2
Y=
'=0e6-3=0s
g v
X:—T.
Hai nghiém cuia y’ = 0 déu thudc doan [-1;2].
2 2
Ta cé: f(—1):2,f(7‘/_ Z1- \/Q,f(T\/—)_ 1+ V2, f2) = 11.

Do dognlaﬁy_ 11.

Chon dép an

Cau 6. Ham sb da cho xé4c dinh va lién tuc trén doan [-2; 3].
Tacdy =4x> - 8x.
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x=0¢€[-2;3]

x=+V2e[-2;3]

Taco f(=2) =9, f(3) = 54, f(0) = 9. f (- V2) = 5. /(V2) =>5.
Vay gia tri 16n nhét ctia ham sé trén doan [-2; 3] bﬁng f(3) = 54.

y=004x-8x=0c

Chon dap an @

Cau 7. Tap xdc dinh: 7 = R\ {1}.

Ta co

lim y = +co v lim y = —co, suy ra dd thi ham sd ¢6 tiém can ding 1a x = 1.
lim y =2 valim y = 2, suy ra do thi ham s6 c6 dudng tiém cin ngang la y = 2.
X——00 X—+00

Chon dép an

Cau 8. Tap xac dinh ¥ =R\ {1}

3 2
. . 3-2x . ; B N 2 NN ~ N NP 2
lim y = lim = lim = —2 = duong thang y = -2 la tiém c@n ngang cua do thi ham so.
X—*00 X—*00 x —_ X—*00
X
Chon dap an @
Cau 9. Taco:
. . 3x+1
lim y= Ilim =—
oy 2 |
= x = — |2 tiém cin diing ctia dd thi ham s6.
) . 3x+1 2
lim y= lim = 400
1\ n2x—1
H(Z) H(S?) 1 3 3
+ N B
e lim y= lim al = — = y = — la tiém can ngang cua do thi ham so.
X—+00 x—oxo0 2x — 1 2 2
Chon dap an @

Cau 10. D6 thi da cho 13 d6 thi ham s6 bac ba y = ax® + bx?> + cx + d ¢6 hai cuc tri va a > 0 nén ham s6
cantimlay = x> - 3x% + 3.
Chon dép an @

Céu 11. Nhin vao bang bién thién ta c6 a > 0.

Do thi cat truc tung tai diém c6 tung do bﬁng -3 nén c = -3.
Ham s6 cobadiémcuctrinéna-b <0 = b < 0.

Vay ham s6 can tim 1a y = x* — 2x? — 3.

Chon dap an @
A N X . A IR N ., ~ . I-x N x—1
Cau 12. Nhin do thi ta thay x = —1 1a tiém can ding nén loai y = vay =
X
R 1-
Do thi co tiém cin ngang y = 1 nén loai y = = )16
X
PN -1
Vay ham so can tim la y = -
x+1

Chon dap an

Cau 13. Khbi tf dién déu c6 6 canh.

Chon dép an

Cau 14. MJi canh cta hinh da dién la canh chung cta diing hai mit, nén ddp an “MJdi canh Ia canh chung
clia it nhat ba mit” sai.

Chon dap an
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Cau 15. Mbi mit phang dbi xing clia tif dién déu chinh 1a mit phang trung truc ctia mot canh tif dién déu
do.

A A A

D B D’B D‘B
€A €A €A

D B D’B DB
C C C

Chon dap an @

Cau 16. Hinh chép i gidc déu c6 bén mit phang dbi xiing.
Chon dap an @

Cau 17. Thé tich khéi 1ap phuong canh 2a1a V = (2a)® = 8a°.
Chon dap an @

Cau18. Tacéy = x> —4mx + 4

D& ham s6 dong bién tréen Rthi A/ < 0,VxeReom?’-1<0e -1<m< 1.
Vay c6 3 gia tri nguyén clia tham s& m théa yéu cau bai toan.

Chon dép an @

Cau 19. S6 giao diém ctia hai dudng cong y = x> — x vi y = x — x2 bang sd nghiém cia phuong trinh:
g g gy y g ghic p g

x=0
P-x=x-xXor+r¥-2x=0x(x*+x-2)=0e|x=1
x=-2.

3

Vay sb giao diém ctia hai dudng congy = x> —xvay = x—x*1a3.

Chon dép an @

Cau 20. Tacédy = 4x* — 6x = 2x(2x* - 3).
[x=0

Khidéy =0 o 2x22-3)=0 & [¥ =

SNERE

Bang bién thién:
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X —00 _ﬁ 0 ﬁ 400
2 2
£@) i 0 - o o+ 0 -

o3

A

Két luan: Ham s6 da cho c6 3 diém cuc tri.

fx) / ’

ChQndépain©
Cau 21. Him sd y = x> — 2x% + ax + b ¢6 do thi (C) c6 diém cuc tri 12 A(1; 3).
Ta co
A(1;3) € (O) 3=—14a+b b=3
, o o =>4a-b=1.
y(1)y=0 -1+a=0 a=1
ChQﬂdépéﬂ@
Cau 22.
Tacoy = x> —3x+2; X | —o0 -1 1 +00
’r_ 2 _ 7.
Y =3x"-3; ¥ + _ 0 +

V=06 x==I.

y _00/4\0/+00

Chon dép an

Cau 23. biéu kién d& ham s6 y = mx* + (m?> — 1)x> + 1 —2m c6 mot cuc dai va hai cuc tiéu khi va chi khi do

m<0
2 0 N . m<0
thi ham s6 c6 ba diém cuyc tri va do thi c6 hudéng quay xuong duédi { 2 150 edm>1 om<-l1.
-1>
" m< -1
Chon dép an @
A . x=0
Cau24. Tacéy =3x>-6xnény =0 & )
x=2.
Bang bién thién
X —00 0 2 +00
Yy + 0 - 0 +
2 +o00
y / \ /
—00 -2

Dua vao bang bién thién ta thiy ham s6 dat cuc dai tai x = 0.
Chon dép an @
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Cau 25.

Chon dap an @

Cau 26. Ta c6 lim,, 0 y = 1;lim,,_o y = 1 do d6 dudng thang y = 1 1a tiém cin ngang ctia do thi ham sd
da cho.

Lai c6: lim,_,+y = —%;limx_,lf y= —%. lim,_,_+y = 4+o00;lim,_, - y = —oo.

Do d6 d6 thi ham s c6 mot tiém can ding 1a x = —1.

Chon dap an
Cau 27.

Tacé lim y = 1 nén do thi ham sb c6 1 dudng tiém cin ngang y = 1.

X—>+00

x=1
Mit khic x> -3x+2=0 &
x=72.
Vi lim y = —co va lim y = +co nén do thi ham s6 c6 2 dudng tiém cin ditng 1a x = 1;x = 2.

x—1* x—2%

Vay tdng s6 dudng tiém can 1a 3.
Chon dap an @

Cau 28.

Goi O =ACNBD = SO L (ABCD,).

Xét ASAO vudng tai O

= A0 = VSA?2 - SO = V6a? — 2a> = 2a
= AC =4a.

Thé tich khéi chép 1a

1 1 1 1
V==-§ SO==-=-AC*-S0 = --16a*- =
3 ABCD 372 5 a 61‘/_
8a3 V2
3
Chon dép an (B)
Cau 29.
Ta c6 Vapcpagop = AB-AD - AA” = 42 cm’. A’ B’
7.
D’ I C
| 3
Ap-----mooo- -+ B
3/
’ C
D
ChQndépén@

Cau 30. Goi a, b, ¢ 1an ludt 1a dd dai 3 canh ctia khdi hop chif nhat.
Thé tich ctia khbi hop chil nhat 12 V = abc.
Sau khi ting do dai tAt c4 cic canh ctia mot khodi hop chit nhat 1én gip 3 thi thé tich khéi hop tuong tng 1a

V' =3a-3b-3c =27abc = 27V.
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Vay sau khi ting do dai tat ca cac canh ctia mot khdi hop chit nhat 1én gip 3 thi thé tich khdi hop tuong ting
sé ting 1én 27 lan.
Chon dap an @

Cau 31. Goia, b (a > 0, b > 0) 1an luct 12 hai canh ctia hinh chif nhat. Tacé a - b = 48.
Ap dung bét dang thiic Cauchy cho hai sé duong a, b

a+b2 a-boa+b>8V3.

Suy ra hinh chi nhat c6 chu vi nhd nhit khi (a + b) dat gid tri nhd nhit © a = b = 4 V3.
Khi d6 hinh chit nhét 13 hinh vudng c¢é canh 4 V3 va chu vi hinh chit nhat 1a 16 V3.
Chon dép an @

Cau 32.
Goi I 1a trung diém doan AB, H 13 tAim clia dudng tron ngoai tiép AABC. S
Hinh chép S.ABC la chép déunén SH 1 (ABC).

2 % avV3 _a V3 a2 V3

T: idc ABC déunén CH = =CI = =——vaSapc = :

am giac eu nén 3 ) 3 VaSarc , )

2 33 ¢
Tacé SH = VSC? = CH? = 1/4a2—%:aT\/_. :
1 AV

Vay V. ==Sapc-SH = ,

ay Vsasc 32 ABC B B
Chon dap an
Cau 33.
Goi S O la dudng cao ctia hinh chép tif gidc déu S.ABCD.

SD =3a

Tam giac S OD vudng tai O co BD 2a\2

OD=—-—= = =aV2.

2
SuyraSO = VSD?2 - OD? = V9a? — 24> = a V7.
Dién tich day S spcp = (2a)* = 4a>.
Thé tich V ctia khéi chép S.ABCD la

1 1 A7a®
Vzgso-SABcazg-a\ﬁAaZ: \ga .

Chon dap an

Céu 35. Dua vao bang bién thién ta c6 nhiing két luan sau
1. Ham s dong bién trén (—oo; 1) va (3; +00); nghich bién trén (1;3).
2. Ham sb dat cyc dai bﬁng 0 tai x = 1; dat cuc tiéu bﬁng —4 tai x = 3.
3. Ham s6 khong c6 gia tri 16n nhét va gid tri nhd nhat.

Chon dép an @

Cau 36. Diéu kién x4c dinh: x # —m.
2
m-—1

Y = v me

m —-1>0 {m<—1Vm>1
S m> 1.

Yéu cau bai toan &
-m<1 m> -1

Chon dép an @
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Cau 37.
e TXD 2 =R;y = x* - 2(m + 1)x + m?> + 2m.

. ) o . m=72
e Déhamsd datcuc tiutaix =2thiy(2) =0 © 4—4(m+1)+m*+2m =0 m*>-2m =0 & 0
m = V.

x=0 .
e VGim=0thiy =x*-2x=0¢& [ 5 Yy’ < 0 trén khoang (0;2) vay’ > 0 trén moi khoang (—oo; 0)
X

va (2; +00) nén ham sb dat cuc tiéu tai x = 2.

e VGim=2thiy =x*-6x+8=0¢& [ 5 y" > 0 trén mdi khoang (—o0;2) va (4; +00);y’ < 0 trén
X =

khodng (2;4) nén ham sb dat cuc dai tai x = 2.

Vay m = 0 thi ham sb dat cuc tiéu tai x = 2.
Chon dap an
2m? + 1

Cau38. Tacoy = —— > 0 vGi x # m.
(m — x)?

= Ham s6 dong bién trén tiing khodng xac dinh.
THI1. Néu m € [2; 3]. Him sb c6 bang bién thién nhu sau:

X —00 m +00
1'% + +
+oo -2m
—2m —00

= Ham s6 khong ton tai gid tri 16n nhét trén [2; 3].

2 6m + 1
TH2. Néu m ¢ [2;3] = maxy = y(3) = 22—
¢ [2;3i s m-—3
. +
Gia thibt bai todn & ——— = 2 = m = 1.
m-3 4
Chon dap an @
Cau 39.
Chon dép an @
R . 1 o .
Cau 40. Do thi ham so0 ¢6 tiém can ding x = 5 tiém cén ngang y = 2, giao diém cua hai tiém cén
I ! 2|, dao ham ctia ham s6 12 y’ 10
-—;2], u S = —.
2 ; Y= Qg+ 1)

4 4 -3 X PENIRN A . - N <A A 5 X PERTRN A s o3 R
biem M(xo; 2xo " 1) thudc do thi ham so. Khi d6 phuong trinh tiép tuyeén cua do thi ham so tai diém
X0
4x9 -3 10 4x9 -3
M e — 1\ = — — + .
oo D YT G T T T
. LR ” 3 A PN A . 14 _8 PRETEPN A 4 +1
Giao diém cua tiep tuyen véi ti€ém can dung A | —=; 0 ; VO1 tiém can ngang B 0 ;2.
2 2xp+ 1 2
10 1
A= , IB = |2xg + 1| va AIAB vudng tai I nén dién tich AIAB1a S = -IA-IB =5.
[2x0 + 1] 2

Chon dap an
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Cau 41.
Tam giac ABC vudng can tai B, AB = 2a. Do do dién tich tam

1
gl&iC ABC la SAABC = EAB2 = 2612.

Goi D 1a hinh chiéu vudng géc ctia S trén mit phang (ABC).
Khido SD L (ABC) = SD L AB,SD 1 BC.

Do SAB=SCB=90°= SA 1L AB,SC L BC.

= AB L (SAD), BC L (SCD) = AB L AD, BC 1L CD.
Trong mit phang (ABCD), tid gidc ABCD 1a hinh vudng.

Goi M 12 hinh chiéu vudng géc ctia D trén S C, tacé DM L SC.
Tac6 DM L BC vi BC L (SCD), DM c (SCD) = DM L
(SBC).

Do AB || CD = (AB,(SBC)) = (CD.(SBC)) = (CD.CM) = DCM = 30°.

., . 2V3a

Trong tam giac SDC c6 SDC =90° = SD = DC - tan30° = 3
. 5 1 4+3a®
Thé tich hinh chdp cin tinh 12 Vsape = 55D - Sanc = ‘/9_“ .

Chon dap an

Cau 42. Chu vi dudng tron thiét dién: C = 277 = 2V3ma & r = a V3.
Miit phang (P) cit mit cu (S) ban kinh R theo giao tuyén 1a mdt dudng tron

oR=Vr+d?eR= (a\/§)2+a2:2a.

Suy ra dién tich mit cau da cho 14 § = 47R? = 167a°.
Chon dép an @

s -2m-3 —m? +2m + 3 R )
Cau44. Xéthamsoy = mr-am-s =y = %hém s0 dong bién trén cac khoang xac dinh
xX—m (x—m) .
e©y>0e-m?+2m+3>0ome(-1;3)=m=-2;-1;0 = Tap S c6 3 phan tit nguyén.

Chon dap an @

Cauds. Tacdy = 8x’ +5(m — 2)x* — 4(m? — 4)x°.
Dit g(x) = 8x* + 5(m — 2)x — 4(m* — 4). C6 2 trudng hop can xét lién quan (m? — 4):

e Truonghdp l: m> -4 =0 m=+2

+ Khim =2 =y =8x’ = x = 01ladiém cuc tiéu.
+ Khim = -2 =y = x*(8x* — 20) = x = 0 khong la diém cuc tiéu.
e Trudng hop 2: m?> —4 # 0 © m # +2. Khi d6 x = 0 khong la nghiém cta g(x).

Ta 6 x* ddi dAu tit — sang + khi qua xo = 0, do d6
y" = x3.g(x) d6i du tir — sang + khi qua x, = 0 & lim g(x) > 0 & m? -4 < 0.

Két hop cic truong hop giai dudc ta nhan m € {2; 1;0; —1}.

Chon dép an

CAu 46. Phuong trinh hoanh do giao diém ctia ham sd véi truc hoanh:
X =-m

x+mx+nx+p) =0 |x=-n

x=-p.
Vi ham s6 y = (x + m)(x + n)(x + p) khong c6 cuc tri nén dd thi ham sb cat truc hoanh tai 1 diém. Suy ra
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m=n-=p.
Khi d6: F = m?> + 2n — 6p = m?> — 4m.
Fr=2m-4,F =0 m=2.

Bang bién thién cia ham s6 F = m?> — 4m

X —00 2 400
F’ - 0 +
00 00
—4

Dua vao bang bién thién suy ra min F(m) = -
me.
Chon dép an

X0 * 0
Xg # —2.
Ta c6 phuong trinh tiép tuyén tai di€ém M(xy; yo) € (C) 1a

, o 4x 4x
y = f(xo)(x = x0) + yo = 122 et 2P + Yo

Khi d6 khodng cach tir I(—2;2) dén tiép tuyén tai M 1a
-8 4x -8 ‘
(.X() + 2)2 ()CO + 2)2 Xo + 2

[16 [ 16
(Xo + 2)4 (xo + 2)4

Caud47. Vi M(Xo;y()) € (C)(X() * O) = {

+ Yo

d=

=22.
+ (xo + 2)?
\/(Xo oy Tt \/ \/ Gogap 0t
2 16 xo = 0 (loai
Dﬁu“:”xéyrakhi—2:(x0+2)2<:>[0 (loai)
(xo+2) xo = —4.
VéiXO = —4:>y() :4:>2X()+y0 = —4.
Chon dép an @
Cau 48. Pitr = Vm + 3 cosx. Suy ra
£ =m+3cosx. (1)
Phuong trinh da cho tr§ thanh
m+ 3t =cosx & cos® x = m + 3t. 2)
Tu (1) va (2) suy ra
£ =m+3cosx 3 3 3
3 =t —3cosx=cos’x—3t &t + 3t =cos” x+ 3cosx. 3)
cos” x =m+ 3t

Xét ham s6 f(1) = £2 + 31, ¢6 f'(t) = 3t> + 3 > 0, Vt, suy ra ham s6 ludn dong bién trén (—1; 1).
Do d6, phuong trinh (3) c6 nghiém duy nhét ¢ = cos x.
Khi do, phuong trinh da cho tré thanh

cos®x =m+3cosx © m = cos’ x — 3 cos x. @

Dit u = cosx,u € [—1; 1]. Xét ham s6 f(u) = u® — 3u c6 bang bién thién sau
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X —00 -1 1 +00
y + 0 - 0 +
2 +00
y / \ /
—0 -2

Dé thiy, phuong trinh (4) c6 nghiém thudc doan [—1; 1] khi va chi khi =2 < m < 2.
Vay c6 5 gid tri nguyén ctia m thdéa man dé bai.
Chon dap an
Cau 49. Phuong trinh giao diém cua (C,,) va Ox la
1 2

2
§x3—mx —x+m+§:0 @))

& (x=-D*+0=-3mx—-2-3m]=0
x=1
X+1=-3mx-2-3m=0. (2

(C,,) cat truc Ox tai ba diém phén biét c6 hoanh dd x;, x,, x3 & (1) c6 ba nghiém phan biét & (2) cé hai
nghiém phan biét x,, x3 khac 1

A>0
P+(1=3m)-2-3m+0
{9m2+6m+9>0

0
—6m+#0 ems

X, + X3 = 3m —

1
Khi @6 x; = 1va { 5 (theo dinh ly Viet).

Xy x3=-3m—
Theo gia thiét, ta c6

X+ a2+ x% > 15

1+ (x + x3)° — 2x0x3 > 15
1+Gm—-172-2(-3m-2)> 15
9m* -9 >0

& m<—1hoacm>1.

t ¢

Két hop v6i diéu kién m # 0, ta dudc m < —1 hodc m > 1.
Chon dap an @

Cau 50.

Goi O 1a tam ctia ddy ABCD. Qua O dung dudng thang Ot
vudng goc véi ddy tiic né song song v6i S A cit S C tai I. Suy
ra I 12 tAm clia mit cau ngoai tiép hinh chép S.ABCD va I 1a
trung diém cia S C.

Xét tam gidc SAC vuodng tai A, ta c

SC=

SA 2 1
: —aV6-—=2aV2=R==SC=aV2.
sin 60° V3 2

Vay dién tich mit cau ngoai tiép hinh chép S.ABCD 1a
S = 4nR?* = 4n(a V2)? = 8nd>.

Chon dap an
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PAP AN CHI TIET MA PE 2G107
Bién dich: Ngay 2 thdng 11 nam 2020

Cau 1. T bang bién thién, ta thiy ham sd dong bién trén (—oco; —2) va (0; 2).

Chon dap an @
A A .. A 2 e N A 2,0 d S X z S
Cau 2. Nhdn xét Tat ca cac ham so dang y = y véi x # —— va ad — bc # 0 déu cé dao ham
c
ad — bc o A e sz ax+b . :
Yy = — khong doi dau trén tap xac dinh cua nd. Do d6, ham so y = khong ¢6 cuc tri.
(cx + d)? cx+d

Chon dép an @

Cau 3. Puong tron (C) ¢6 tam I(2; —1), ban kinh R = /22 + (=1)2 - (=15) =2 V5.

VidquaM(1;-3)nén 1 +b-(-3)+c=0c=3b-1=d: x+by+3b—-1=0.
2+b- (-1 3b-1 2b+1

Tacéd(r,d) = 2+ D+ | b1

V1 + b? V1 + b?

1 —
Dién tich tam gidac IAB1a S j4p = EIA -IB -sinAIB =

1 —_— —
.245-2+/5-sinAIB = 10 - sin AIB.

— — 4 — 3
Suyra8 =10-sinAIB = sinAIB = 3 = cosAIB = i§'

IA” + IB* — AB? 3 20+20-AB? 3 40-AB? 3
Do doé — s = 4l =42
2-IA-IB 5 2.245-24/5 5 40 5
40 - AB*> =24 AB?> =16 AB =4
= = =
40 - AB> = -24 AB’ =64 AB = 8.
Mat khac S 45 = 1AB d(I,AB) = 1AB A, d) = d(I,d) = 2813 16
3 IAB—2 ) —2 5 N = AB —AB.

2b+1

o V6iAB=4thid(l,d) = 4 = 26+ 11 —4=2b+1|=4V1+ 52
V1 + b?

S4b2+4b+1 =16+ 16b* & 12b*> —4b + 15 = 0 (v6 nghiém).

25+ 1
e V6i AB = 8 thid(l,d) =2 = 26+ 11 =2=P2b+1]=2V1 + b2
\/ 2

1J§b :
o 4> +4b + 1 :4+4b2<:>b:z:>c:z.
Vayb+c=1.
ChQndépain©

Cau 4. Dua vao dd thi ham sd y = f7(x) suy ra bang bién thién ctia ham s6 y = f(x) nhu sau

7
X —00 1 3 5
S - 0 - 0 +
S

) . . s 7
Dua vao bang bién thién trén ta thay ham so y = f(x) dat gia tri nho nhat trén doan [0; 5] tai xo = 3.

Chon dép an @
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2 2% -2

Cau 5. Tap xacdinh D =R\ {0}. Tacd y’ = 2x — - = - Bang bién thién:
X X
X % 1 2
y - 0 +

=
(W)

;
\

3
Chon dap an @
Cau 7. Tu bang bién thién ta thdy lim y = +2 nén dd thi ham sb c6 hai tiém can ngang 1a cic dudng thang
y=-2vay=2. )
Chon dap an @
2x + 1 2x+1

Cau 8. Tip xdc dinh D = R\ {=1} v lim " = —co; lim ——— = too

o1t x + 1 ==t x+ 1

nén x = —1 la phuong trinh tiém can ding.

Chon dap an

Cau 9. Taco:

. . 3x+1
lim y= Ilim = —00
3] el I
= x = = |2 tiém can diing ctia dd thi ham s6.
) 3x+1 2
lim y= Ilim = +00
1\ n2x—1
x_)(Z) H(S?) 1 3 3
+ N B
° xl_i)rilloy = xl_lgo 2i 13 =y= 3 la tiém can ngang cua do thi ham so.
Chon dap an @

Cau 10. D6 thi da cho 13 d6 thi ham s6 bac ba y = ax® + bx?> + cx + d ¢6 hai cuc tri va a > 0 nén ham s6
cantimlay = x> - 3x% + 3.
Chon dép an @

Cau1l. Taco f(x)—3 =0 & f(x) = 3.

Nhin vao bang bién thién, dd thi ham s6 y = f(x) va dudng thang y = 3 ¢6 3 giao diém phan biét.
Vay phuong trinh f(x) — 3 = 0 c6 3 nghiém.

Chon dap an

Cau 12. Dua vao do thi, ta thAy phuong trinh f(x) = m c6 bdn nghiém phan biét khi —4 < m < 3.
Chon dap an @

Cau 13.

Quan sét hinh chép tif gidc ta thiy:
+ S6 canh: 8.

+ S6 dinh: 5.

Téng s canh va sb dinh: 8 + 5 = 13.

Chon dép an @

Cau 14. Khoéi tf dién déu c6 6 canh.
Chon dap an @

Cau 15. Khéi td dién déu thuoc loai {3; 3).
Chon dép an @
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Cau 16. Khbi da dién déu loai {4; 3} 1a khdi da dién déu ma mdi mit 12 mot da gidc déu c6 4 canh va mdi
dinh 1 dinh chung ctia diing 3 canh nén d6 1a khdi 14p phuong = c6 8 dinh.
Chon dép an @
" , Vv
Caul7. TacoV=Sh=h= 3
Chon dép an @

Cau 18.
e Tip xac dinh Z = [-1;1].
e Tacéy = x> —4dmx + 4.
e D&ham s6 dong bién trén R thi x> —4mx+4>0,VxeR o 4m*>-4<0e -1 <m< 1.

Vay m € {—1,0, 1} suy ra c6 ba gia tri nghuyén cua m.
Chon dap an @

Cau 19. Tir d6 thi ta c6 ham sb dong bién trén khodng (—oo; —1); (1;+0c0) va ham s nghich bién trén
(=1; 1). Suy ra ham s dong bién trén khoang (-2; —1).

Chon dap an

Cau20. Tacé:y =4mx’ —2(m + 1)x.
4 0 v s e ) . . <-1
Ham s06 c6 3 diém cuc tri khi va chi khi y’ = 0 c6 3 nghiém phan biét & m(m+ 1) >0 & " >0
m .

Chon dép an @

Cau 21. Tap xac dinh 2 =R\ {-1}.
1

Tacoy = G lp < 0 v6i moi x € 2. Vay ham s6 ludn nghich bién trén tiing khoang xic dinh va khong
X

¢ cuc tri.

Chon dép an @

Cau 22. Ham sb dat cuc dai tai x = -2, gid tri cuc dai ycp = 3.
Ham sb dat cuc tiéu tai x = 2, gid tri cuc tiéu yer = 0.

Chon dép an

Cau23. Tacéy =3x* —4x +a.
Do diém A(1; 3) 1a diém cuc tri cta d6 thi ham s6 nén ta cé:

y(1)=3 a+b=4 a=1
, o & =>4da-b=1
y(1)=0 a=1 b=3

Chon dép an @

Cau 24. Quan sit bang bién thién ta thdy ham sd dat tiéu tai di€m x = 0 va dat cuc dai tai diém x = 2
Chon dép an @

Cau25. Tacéy = x> —2mx +m?> —4vay”’ =2x—2m.
/ m:
f3)=0

&

=5 = 1.
3y >0 m om

. 1 o .
Hémséy:§x3—mx2+(m2—4)x+3datCUCtiéutalx:3(:){
m<3

Chon dép an @
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N 1
Cau 26. Xétdothiy = 1

— 2
+ Do thi ham s6 ¢6 1 dudng tiém cin nganglay = 0vi lim y = lim =0.
X—>+00 x—too 4 — x2 :
+ Do thi ham s6 ¢6 2 dudng tiém cin ding 1a x = 2 vax = -2 vi 1iI§l y = lil‘él i —00;
x—2* x—2t 4 — x

1
lim y=li
kR G

Chon dép an

= +o00.

Cau 27. Tap xac dinh 2 =R\ {1}.

.. x4+
Tacoé lim

X—+00 X —

Chon dép an

= 1 nén dd thi hAm s6 c6 tiém cin ngang y = 1.

Cau 28.
Dién tich ddy ctia hinh chép 1a: S 4gcp = 2a - 2a = 4a°.
Do S A vudng géc véi mit phang ddy(ABCD) nén S A 1a chiéu cao ctia hinh
chop.
3.V
SuyraSA = = T8ABCP — 244

ABCD

. (BC L AB(gt)
Ta lai ¢6 = BC L (SAB).
BC 1 SA(gt)
Trong tam gidc AS AB, ké dudng cao AH cat S B tai H.
_(AH L SB
Ta co = AH 1 (SBC) = AH = d(A, (S BC)).
AH 1 BC(BC L (SAB))
SA-AB
MaAH = ———— =a3.
VSA? + AB? ) .
Viy khoang cdch tit A t6i mit phéng (S BC) bing a V3.
Chon dép an @

. <. 1 1
Cau 29. Thé tich khdi chép S.ABC: V = §SAABC -h = 3 3a® - a=ad.
Chon dép an @

Cau 30.

Cong thiic tinh do dai dudng chéo cua hinh l1ap phuong la AC” = A B
V3AB. .
Theo bairatacé AC’ =a & V3AB=a o AB = 7

3 D
\3a®
9 . A/

Vay V = AB® =

Chon dép an @

Cau 31.
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Goi O = AC N BD, H la trung di€ém cta AB.

1
Do ASAB vudngcantai S nén SH L AB,SH = EAB
Dit SA=SB=x= AB = xV2.

a*> 2a’
A ABO vudng tai O nén AB* = A0 + OB? & 2x* = T °
2
=L
8
a6 aV3 aV3

= — = AB = 2=— H=——.
=X 1 = X > =S 7]
(SAB) L (ABCD)
Lai c6{(SAB)N(ABCD) = AB

SH L AB.
= SH L (ABCD).

1 1 1
Do do6 VS.ABCD = 5 -SH SABCD =—--SH:---AC:-BD =
1 31 36
_.d._.a av2 =LY
3 4 2 24
Chon dép an @
Cau 32.
Vapcpapcop = abe. A’ D’
Ta o6 Vipse = - Spac - D'D = - 2 q.p.c = 9C | 7
D'DAC = 3 * D DAC =33 =6 ! :
1 abc ‘
Tuong tu Vepac = 5 - Spac- B'B= —; B ‘ .
3 6 N ()‘: C’ //
1 . abc 1 ) e | -
Veowp = 3 Scpp - CC = ?; Vawpp = 3 “Sapp - AAT = e : ’
abc S
?7' ) \ /Z/?\’“ ””””” D
Thé tich khoi ti dién ACB'D’ 1a o Y
Vace = Vascp.apco = Vopac = Vepac = Veowp = Vaasp = o 3
abc  abc ‘
abc —4 - ? = T B C
Chon dap an
Cau 33.
Do ABCD.A;B,C, Dy 1a hinh hop ding nén DC L (BCC,By). A ' B
Do d6 (DB, (BCC,By)) = (DB,,CB,) = DB,C = 30". |
Trong tam giac vudng DCB, i
DC |
— — 3. D ¢ N T C
tan 30° av3 Tl
Trong tam giac vudng BCB, i T 230
Al/‘G ************ :*:\' 31
BB, = /CB? - BC? = aV2.
Thé tich ctia hinh hop ABCD - A|B,C, D, la y
D, ¢ Ci

Vasep.asc,p, = BB1 - S apcp = av2-d® = V2.

Chon dap an @

Cau 34.
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p A o V AM AN 2
Ap dung cdng thuc ti so thé tich ABUN _ = = Z
VA.BCD AC AD 3
a3
18 -
Chon dap an @

1
2

1

= Vasun = 5 Vancep =

3

Cau 35. Vi hinh v& da cho ting véi ham s6 ¢6 hai cuc tri nén loai di hai phuong any = x* — x2 + 1 va

y=-x>+x-1.

Tt hinh vé ta nhan thiy lim y = +oo. Ta loai tiép phuong 4n y = —x* + 3x + 1 va chon phuong 4n con lai

X—+00
y=x=3x+1,
Chon dép an @

Cau 36. Tap xac dinh Z = R.
Tacéy =3x* +2x +m.
Ham s6 dong bién trén khoang (—oo; +00) thi

y>0,¥xeR & 3x+2x+m>0,VxeR

1-3m<0
1=

a=3>0
o >1

m>—.

3

Chon dap an @
Cau 37. Ham sb ¢6 3 cuc tri 1a ba dinh ctia mot tam gidc déu
ab <0 ¢ —8a
ding cong thic tan® = = ——.
B 2da=0 e 27w

L=
(=2m)* +24 =0 m= 3
Chon dép an @

-2m <0 m>0 ,
@{ { .~ o m= 3.

2m? + 1
Cau 38. Tacéy’:(m—)z>0V6ix¢m.
m-—Xx

= Ham sb dong bién trén tiing khoang xac dinh.
TH1. Néu m € [2;3]. Ham sb ¢6 bang bién thién nhu sau:

X —00 m +00
1'% +
+00 —2m
—2m —00

77



= Ham s6 khong ton tai gid tri 16n nhét trén [2; 3].

. 6m + 1
TH2. Néu m ¢ [2;3] = maxy = y(3) = =~
[2:3] m-—3
) bm+1 5
Gié thiét bai todn & ——— = 2 = m = 1.
m-—3 4
Chon dép an (B)
—1-m
Caul9. y = ——
au y 1)
y : 2+m :
V01—1—m>0<:>m<—1:r[l;hr]ly:y(Z):T:3:>m:1(10;11).
oy ,. 4+ m
V01—1—m<0<:>m>—1:>r{1;g}1yzy(4):>T:3:>m:5ch()nm>4
ChQndépén@

Cau 40. Tap xac dinh Z = (—o0; 1) U (1; +00).

Ta co
1 1
Vxz +1 — * x2

lim y = lim

= lim ———— = -1 = y = —1 la mdt tiém can ngang.
X——00 x——00 X — 1 X——00 (1
X

/ 1
(_X,'2+1 X 1+;

lim y= lim ——— = lim ——— =1 = y = 1 la mdt tiém can ngang.
X—400 x—400  x—1 X—400 1
X
, . Vxr+ 1
lim y = lim

x—1+ =1t x—1

Vay dd thi ham sb ¢6 3 tiém can.

1=

= 400 = x = | la mot tiém can dung.

Chon dép an @

Cau 41. Xét bai toan: Cho ti dién ABCD, c6 AB = CD = a;AD = BC = b;AC = BD = c. Thé tich cla
. 1
khéi G dién ABCD 12 Vapep = = V(=a2 + b? + c2)(a® — b + c2)(a* + b* — ¢?).

6V2
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Dung tii dién APRQ sao cho B, C, D lan lugt 1a trung diém ctia doan
OR,RP, PQ.

1
Tac6CD = AB = EQR = AAQR vuodng tai A = AQ*+AR® = 4a’.

Tuong tu, AARP vudng tai A = AR?> + AP? = 4b?,
AAPQ vudng tai A = AP? + AQ? = 4¢°.

AQ* + AR? = 44° AQ* =2 -+ )
Xét {AR*+ AP’ =4b* o AR? =2(a* + b* - ¢?) =
AP? + AQ? = 4c? AP =2(=a* + b* + )

AQ = V2(a® - b+ c?)

AR = V2(a®> + b* - ?)

AP = \2(=a? + b2 + 2).

1
Ta c6: ABCD = ACBR = AQDB = APDC = Vipep = ZVAQRP _
I 1
—-—AP-AQ-AR
4 6 Q .
= Vupep = ——=(=a? + b% + 2)(a? — b2 + 2)(a? + b? — ¢?).
62 v

Ap dung, tacé: AM = NP = 5cm; AN = MP = 8cm; AP = MN =7
cm.

1
=V = —— (a2 + D>+ ) (a® - b* + ) a?+ b* - ?)
awmve = vV

20V11
3
Chon dép an @

Cau 42.
Do OM || ND, suy ra d(N, (AMC)) = d(D, (AMC)) = d(B, (AMC))

1
VACMN = VN.ACM = VB.ACM = VM.ABC =3 SABC : d(M, (ABC))

11 1 1 3

I B DL R
32 2T
Chon dap ain@
Cau 43.
Chon dap ain

x=-1
Caudd. Taco f'(x) = (x— 1? (- 2x)=0& |x=0 .

x=2

X —00 0 2 +00
Jf'(x) + 0 - 0 +

Xétg'(x) = (2x = 8) - f'(x* = 8x + m).

Dé ham s6 g(x) dong bién trén khoang (4; +o0) khi va chi khi g’(x) > 0,Vx > 4

& Qx—8)-f'(¥ —8x+m)20,¥x>4
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=3 f’(x2—8x+m)20,\¥x>4
[x2—8x+m30,\7’x€(4;+00)
o

x2—8x+m22,‘v’x€(4;+oo)
< m>18.

Vay 18 < m < 100. Do d6 ¢6 (99 — 18) + 1 = 82 s6 nguyén m thoa dé bai.
Chon dap an @

Cau 45. Xét daoham y' = 2x+ 1)f/ (2 +x). Tacéy =0 & Qx+ 1)f' (2 +x) =0
Thay x bdi (x> + x) tacéd f/(xX> +x) = (x> +x)- (> +x—1)°

Khidé 2x+ D) f'(x* +x) =0 & (23x + 1%+ x) - (%x2 +x-12=0

_1+T\/§) -(x+ 1+2\/§) = 0(1)

Ta thdy phuong trinh (1) ¢6 5 nghiém boi 1 phan biét nén f’(x) ddi diu 5 1an qua cic nghiém.
Vay ham s6 y = f(x> + x) ¢6 5 cuc tri.

Chon dép an @

o 2x+ Dx(x+1) (x -

n 4 3 A i g . X o
Cau4d6. Vantocv =v(t) = s’ = _Etz + 12¢. Ta can tim gia tri 16n nhat cua ham v(¢) v6i ¢ € [0; 6]. Dé tinh

dugc gia tri 16n nhat d6 bang 24 m/s, dat dudc tai thdi diém ¢ = 4.
Chon dap an @

Xo 0
Xo -2.
Ta c6 phuong trinh tiép tuyén tai di€ém M(xy; yo) € (C) 1a

4x 4X()
=f — Xo) + Yo = - + Yo.
y = f'(x0)(x — X0) + yo ot 2?2 mrap

Khi d6 khoang cich tit 1(=2;2) dén tiép tuyén tai M 1a

Cau 47. Vi M(xo;y0) € (C)(xp # 0) = {

-8 Ax, _8 ‘
(o +27 (xo T T Xo+2

V (Xo + 2)4 V (Xo + 2)4
\/(xo 2)? Flo 2y \/ \/(xo 2)? - (xo +2)?

xo = 0 (loai)

X0 = —4.

d =

=2V2.

. 16
Dau “ =" xdy ra khi ———— = (xo +2)? (:)[
(x0 +2)
V6ix0:—4:>y0:4=>2x0+y0:—4.

Chon dap an

Cau 48. Puong thang d di qua A(1;0) va c6 hé sb géc m 1a: y = m(x — 1).
Phuong trinh hoanh do giao diém ctia d va (C) la

x#1
mx—Q2m+Dx+(m—=2)=0 ().

x+2
x—1

:m(x—1)<:){

Pudoing thang d cat dd thi (C) tai hai diém phan biét thudc hai nhanh ctia do thi khi va chi khi phuong trinh
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() ¢6 2 nghiém phan biét x;, x, vax; < 1 < x,

a#+0 m=#0
e {A>0 ed2m+ 1) —4mim—-2)>0
(x1—=D(x-1)<0 Xp X —(x1+x)+1<0
m 40 m=#0
1
o 2m+1>0 o m>_§@m>0.
m-2 2m+1
- +1<0 _3 20
m m m

Chon dép an @

Cau 49. Do thi (C): y = f(x) c6 tiép tuyén tai diém c6 hoanh do bang 1 1a y = 3x + 2 nén toa do tiép diém
1a M(1;5) thudc (C;) va hé s goc tiép tuyén 1a 3.

Tu dotaco: f(1) =5va f/(1) =3.

Do thi (Cy): y = fIf(x)] c6 tiép tuyén tai diém c6 hoanh do bﬁng 11ay = 12x — 5 nén toa do tiép diém la
N(1;7) thudc (C,) va hé s6 goc tiép tuyén 1a 12.

Tu doé taco: ff(D)] =7 ) va{f[f(D]}) =12 (2).

Tu (1) ta duge f(5) = 7.

Tu (2)suyra f'/[f(D]- f/(1)=12= f'(5)-3=12= f'(5) = 4.

Phuong trinh tiép tuyén ctia (C3): y = f(x* + 4) tai P ¢6 dang

y = f'(x0)(x = Xo) + Yo

=y=f12+Hx-1)+ f(1>+4)

=y=fO&-D+f0O)

=>y=4x-1)+7

=y=4x+3.

Chon dép an

Cau 50.

e Goi O 1a giao diém ctia AC va BD, tit O ké dudng thang song song véi DD’ cit MP tai O'. Kéo dai
NO’ cat BB tai Q.

1 1 1
e Dat AB=a,AD = b,AA’ = ¢, suy raabc = 2110. Tacd: MA’ = EC’ ND' = ZC’ PC = §C'

3 1 2 1 2 5 7
DN+BQ:AM+CP<:>ZC+BQ:§C+§C@BQ:§C+§C:EC:>QB,:EC.

e Mit phang qua N va song song v6i mit phiang ABCD cit AA’, BB, CC’ 1an luct tai E, F, K.

1 1
ME = Zc, QF = §C’ PK = Ec. Suy ra: Vi = Vygrxapcop = Zabc.
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e Tatinh V2 = VNEFK.PQM-
Kéo dai QM va EF cat nhau tai S, FK va QP cat nhau tai /.

SE ME 3
SF = a = 1 SASE =3SF ©4SE+4EF =3SF+4EF ©4SF =3SF +4EF © SF = 4a.
IK PK 1 4
—=—=-4]K=1F & 4IK +4KF = IF +4KF © 4IF = IF + 4KF < IF = =b.
IF QF 4 3
1 1 1 4 16
S 1V =-FQ -FI-FS ==-=c-=b-4a = —abc.
e Suy ra: Vo rs 3 0 3 36‘ 3 a 27a c
Vipkw IP IK IN (1) 1 . Ly L
= — ¢« — ¢« — = | — = — = — = ——aoc.
Viers 10 IF 1S ~\4) ~ 64~ TV T ea 71O T 08
Veune SM SN SE (3\ 27 27
e - . . =[] ===V = — .V = —abc.
Vsor SO SI SF (4) 64  VIPKN T g T VSMNE = 4abe
S V,=V V. V 16 b b b b
e Suyra: V, = - - = —abc — ——abc — —abc = —abc.
y 2 S.IFQ S.MNE l.;KN 77 108 a 4 3 a
Ta co VA’B’C’D’.NMQP = Vl + V2 = Eabc.
. s 4. i ) N 7 5275
e Vay thé tich khoi da dién nho hon bang Vgep vmop = abe — Eabc = Eabc = o

Chon dép an @
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PAP AN CHI TIET MA PE 2G108
Bién dich: Ngay 2 thdng 11 nam 2020

Céu 1. Tir bang bién thién da cho, ta thiy

e Ham s6 nghich bién trén (—1;1) suy ra “Ham sb nghich bién trén khodng (1; +oco0) “va “’Ham sb
nghich bién trén khoang (—oo; 1) sai.

e Ham s6 dong bién trén (—oco; —1) va (1; +00) suy ra ham s6 dong bién trén (—oco; —2) suy ra “Ham sb
dong bién trén khoing (—co; —2) “diing va “Ham s6 dong bién trén khoang (—1; +00) “sai.

Chon dép an @

Cau 2. Tap xac dinh: Z =R

i 3 5 x=0 y=35
Taco:y =4x’ —4x=4x(x"-1);y =0 & =
x==1 y=4.
Bang bién thién:
X |-o0 -1 0 1 +00
J'(%) - 0 + 0 - 0 +

+

(0¢]

Két luan: Ham s6 c6 3 cuc tri.

Nhan xét: V6i ham da thiic bac 4 tring phuong: y = ax* + bx?> + ¢, (a # 0)

Néu ab > 0 thi ham s6 ludn c6 3 cuc tri

Néu ab < 0 thi ham s6 ludn cé 1 cuc tri

Nhu vay véi ham s6 trén thi ta c6 thé chon ngay dap 4n ma khong can phai tinh dao ham hay vé bang bién
thién.

Chon dap an @
A , - 1 TR A 1:A A A N A . < A
Cau3. Tacoy = (2—1)2 <0OVx eR\ {5} va ham s0 lién tuc trén doan [1;4] nén ham so nghich bién
x [—
trén [1;4].
max y =y(1) =4, miny =y4)=1Vayd=4-1=3.
Chon dép an @

Cau 4. Tip xdc dinh 2 = [-3V2:3 V2],

X x>0
V=l-—=y =0 VI8-¥=xo1 , & x=3.
V18 — x2 X

Bang bién thién

X =32 3 342
Y + 0 -

6
, / \

-342 32

Dua vao bang bién thién suy ra maxy = 6; miny = -3 V2.

Chon dap an
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Cau 7. Tap xac dinh: ¥ =R\ {1}.

Ta co

lir{l y = 400 va 1iI}l y = —oo, suy ra dd thi ham s6 c6 tiém can ding 1a x = 1.
x—1- x—1t

lim y =2 valim y = 2, suy ra do thi ham s c6 dudng tiém cin ngang la y = 2.

X——00 x—+00

Chon dap an

1 1
3+ - 3+ -
R oo 3x+1 3 . 3x+1 3
Cau 8. Tacod lim = X = _Zva lim = = ——,
X—+00 —_ 2_x X—+00 1 2 X——00 1 —_ 2_x X——00 1 2
-=2 -=2
X X

X ) 3
Vay phuong trinh dutng ti€ém can ngang ctua do thi ham so lay = —5-
Chon dap an @

Cau 9. Vi d6 thi ham s nhin dudng thang y = 2 12 mot dudng tiém cin nén dudng thang y = 2 1a duong
tiém cin ngang ctia dd thi ham s6 do.

2 3 .
Ham so y = cOTXblaZ =R\ {2}va lim y = lim x2 = 3 nén duong thang y = 3 1a TCN cua
X — X—*00 xX—+00 X —
dd thi ham sb (loai).
<o 2x-1 | X <0 . 2x-1 N 2 .
Hamsoy = c6TXPlaZ =R\ {2} va lim y= lim > = —2 nén duong thang y = -2 la TCN
- X X—+00 X—+o00 — X
ciia dd thi ham sé (loai).
<4 —2x-1 X <1 . —2x -1 A s 2 .
Hamso y = c6TXPlaZ =R\ {2}va lim y= lim > = 2 nén duong thang y = 2 1a TCN
- X X—=+00 X—+00 —- X

ctia do thi ham sé (nhan).
Hims6y=x-2c6TXP1aZ =Rva lim y= lim (x—2) = —cova lim y = lim (x - 2) = +o
X——00 X—+00 X—+00

X——00

nén do thi ham s khong c¢6 dusng TCN (loai).
Chon dép an
Caul10. Tacoy = x> +2x-2=y (1) = 1.

. L 1 2
Phuong trinh tiép tuyéncantimlay=1-(x - 1) + 3 Sy=x-— 3
Chon dép an @

Cau 11. Duya vao do thi, phuong trinh c6 bdn nghiém thuc phan biét khi 0 < m < 1.
Chon dap an @

x+1>0 x> -1
Cau 12. Dicukién: {x*> - 5x+6#0 ©{x ¢ {2;3} © x e [-1;4)\ {2;3}.
4—x>0 x<4

Vay tap x4c dinh ctia ham s6 1a: [-1;4) \ {2;3}.

Chon dap an

Cau 13. Theo dinh nghia khéi da dién thi mdi canh ctia da gidc nao ciing 12 canh chung cta diing hai da
gidc. O cau B ton tai mot canh 13 canh chung clia ba da gidc nén né khong phai 12 khéi da dién.
Chon dap an @

Céu 14. S5 canh = so canh cuia m2c§t mit - s6 mat _ 358 1
Chon dép an

Cau 15.
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Hinh ling tru tam gidc déu ABC.A’B’C’ c6 4 mit phang dbi xiing 1a " J
(AHKA"), (BB'JF), (CC'IE), (MNP). 1 rK
B
trong do6 M,N,P,1,J,K,E, F,H lan lugt 1a trung di€m clia cac canh AA’, BB’, Mt-1t- R
CC',A'B',A'C’", B'C’", AB, AC, BC. N P
F
ANt
ENSAH
B
Chon dap an @
Cau 16.

Khbi da dién déu 1a khdi da dién 16i c6 tinh chit sau day:

Mbi miit ctia né 1a mot da giac déu p canh.

Mai dinh ctia n6 1a dinh chung cuia ding ¢ mit.

Khéi da dién déu nhu vay dudc goi 1a khoi da dién déu loai {p; g}
Nén hinh bat dién déu thudc loai {3; 4}.

Chon dap an @

Cau 17. Chiéu cao h = SS—V = 372 =18 m.

12
Chon dap an

Cau 18. Dua vao dd thi ham sb y = f7(x) ta c6 bang bién thién ctia ham s6 y = f(x) nhu sau

X —00 1 2 +00

f'(x - 0 - 0 +

Tir bang bién thién ta thiy ham sb y = f(x) dong bién trén khodng (2; +o0).

Chon dép an @

Cau 19. Ham sb dong bién trén (—oo; +00) khi va chi khiy’ > 0, Vx € R.
Xéthamséy = x> +3x2 +3x+1tacdy =3x2 +6x+3 =32 +2x+ 1) =3(x+ 1)> > 0.
Nén ham s6 y = x> + 3x% + 3x + 1 ludn dong bién trén (—oo; +00).

Chon dap an @

Cau 20. Ta c6 tap xac dinh ciahamséy = x* =3x+ 514 2 = R.
Tacéy = 3x* - 3.

x=1
Choy =0 &
x=-1.

Ta c6 bang xét diu

X —00 -1 1 +00
Yy + 0 - 0 +
7 +00
y / \ /
—o0 3
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Dua vao bang bién thién ta thiy diém M(1;3) 1a diém cuc tiéu ctia do thi ham sb.
Chon dap an @

Cau 21. Ta c6 bang bién thién sau

X | —oo 1 2 3 +00

yi -0 + 0 - 0 +

' +OO\CT/CD\CT/+OO

D6 thi ham s6 y = f(x) c6 ba diém cuc tri.

Chon dép an

Cau22. Tacéy =3x> —4x +a.
Do diém A(1; 3) 1a diém cuc tri cia do thi ham sb nén ta c6:

y(1)=3 a+b=4 a=1
= = =4da-b=1
y(1) =0 a=1 b=3

Chon dap an @

Cau 23. Tap x4c dinh ctiahaim s6 14 2 = R.
Ta ¢ f/(x) = x> + 2mx + (m* — 4) va ' (x) = 2x + 2m.
Ham s6 dat cuc dai tai x = 1 khi va chi khi

, 5 m=1
f(1)=0 m +2m-3=0
., o oq|m=-3 em=-3.
() <1 2+2m<0
m< -1
Chon dap an
N . 2x -1 ~ N N A ~ 5 N 2
Cau 26. Do lim ————— = 0nén y = 0 la duong ti€ém can ngang cua do thi ham so.
2x—>i<iox2—3x+2 e
Do XILIR )@iﬁ = +oo;)}i_)r£1+ ﬁ = +oonén x = 1;x = 2 la dudng tiém cin ding cda dod thi
ham so.
Vay dd thi ham sb c6 3 dudng tiém can.
Chon dép an @

Cau 27. Tap xac dinh & = [-9; +00) \ {—1;0}.
lim Vx+9-3

+00
x——1*  x24x

Ta co = x = —1 la tiém cén dung.
. Vx+9-3
lim ———— = -
x—=1" X+ X
. . Nx+9-3 1 | . o
Ngoai ra lim ————— = — nén x = 0 khong thé la mdt tiém can dudgc.
-0 X2+ x 6

Chon dép an @
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Cau 28.

GoiO=ACNBD = SO 1 (ABCD,).

Xét ASAO vudng tai O

= A0 = VSA2-S0? = V6a2 —2a2 = 2a
= AC =4a.

Thé tich khdi chép 1a

V= g'SABCD'SOZ

8a3 V2
3

1
CAC*-S0 = 6-16a2-a\/_:

W —
N =

Chon dép an @

Cau 29.
+ ABB’A’ 1a hinh vuong nén AA = AB = a. A’ o
+ Tam gidc ABC vudng tai A nén AC = VBC? — AB? = a /3. B

. ‘. 1 343
Vay the tich khéi ling trufa V = 5 - AA’- AB - AC = a ;/_

Chon dép an @

Cau 30.
Gia st kim tu thdp nay 12 mot khéi chép ti gidc déu
S.ABCD c6 chiéu cao S O = 147 m, canh day 1a AB = 230

m
1 1 1
=V= §B-h = §S0-AB2 =3 147.230% = 2592100 m>.

Chon dap an @

Cau 31.
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a*\3

Ta c6 dién tich ddy khdi chop S 4zc = 2 S
Vi mit phang (SAB) va (SAC) cung vudng goc véi ddy = SA L (ABC).
Do d6 S A 1a dudng cao ctia khbi chép va SA = VSC2 — AC? = a V2.
1 1 a2\V3 V6
Taco V., == -SA-Sapc==-aVv2-: = .
a4 CO Vsapc 3 ABC = 73 av2 4 12
Ag--- c

Chon dap an @

Cau 32. Goi x (cm,x > 0) 1a do dai canh cua hinh 1ap phuong.

Thé tich ctia hinh 1ap phuong V = x* (cm?).

Theo gia thiét canh cta hinh 1ap phuong ting thém 2 cm thi thé tich hinh 1ap phuong sau khi ting canh 12
Vi = (x+2)° (cm?).

e 3 3 5 3 x = =5 (loai)
KhidoVi=V+98cm’ © (x+2) =x+98<6x+12x-90=0 R
x =3 (nhan).
Vay canh cuia hinh l1ap phuong da cho 1a 3 cm.
Chon dép an @
Cau 33.
Do déy 1a hinh vuéng canh a nén AC = a V2
2
= A0="2 ;/_

Xét ASAO vudng 6 O c6
tan SAC = E < SO =tanSAC-AO

:tan45°.ﬂ:&
2 2 v v
1 1 av2 a2
Vay V==5S0-8 =—- ca = .
ay 3 ABCD 3 3 a 6

Chon dép an @

Cau 35. Vi hinh vé da cho ting v6i ham sb c6 hai cuc tri nén loai di hai phuong any = x* — x> + 1 va
y=-x>+x-1.
Tt hinh vé& ta nhan thiy lim y = +oo. Ta loai tiép phuong 4n y = —x* + 3x + 1 va chon phuong 4n con lai

X—+00
y=x=3x+1.
Chon dap an @

Cau 36. Taco f'(x) = —x> — 1 < 0,Yx € R = Ham sd f(x) nghich bién trén R.
Ta c6 f(0) < f(~1) 1a ménh dé ding.

Chon dap an
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Cau 37. Ham sb di cho c6 tap xdc dinh 2 = R\ {~1}.

Ta c6 v X +2x-3
acoy = )
SINEITN
x=-3
y=0&
x=1.

Bang bién thién

X —00 -3 -1 1 +00
y + 0 - - 0 +
-6 +00 +00
N / \ \ /
—0 —o0 2

Dua trén bang bién thién ta thAy ham sb dat cuc dai khi x = -3.
Chon dap an @

\ \ 48
Cau 38. Goi kich thuéc mot chiéu cia hinh chit nhat 1a x (x > 0), khi d6 kich thuGce chiéu con lai 1a —.
X
Chu vi hinh chit nhat 1a 2 (x + ﬁ)
X
PETRS ~, A s . 2 A 2, N N A 48 .z . 2 A
D¢ hinh chir nhat c6 chu vi nho nhat, tic 1a ham so f(x) = 2| x + — | dat gia tri nho nhat.
X
) 48\ ..
Xét f(x) =2|x+ —]|vb6ix>0.
X
x=43
x = =4 V3 (loai).

96 2x*>-96
TaC(')f'(X)=2——2:x—2:0<:>2x2—96:0<=>[
X X

Bang bién thién

t 0 443 +00
(@) - 0 +
400 +00
£ ~
163

Viy hinh chi nhét ¢6 chu vi nhd nhét bing 16 V3m.

Chon dap an

Y 1 1 (4x+12-2x+ 12 -2x)*
Cau 39. ThétichciahdoplaV = (12 — 2x)*> = —.4x(12 — 2x)* < _.( X+ X+ X)
" 4 4 27

Déu bang xay ra khi 4x = 12 — 2x & x = 2. Viy x = 2 thi thé tich hop 16n nhét.
Chon dap an @

= 128.

Cau 41.
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Goi x,y,z(x,y,z>0) la kich thuéc cta hinh hdp chir nhat
ABCD.A’B'C’'D’, tacd

AC

Ma hinh hdp chit nhat c¢6 dién tich toan phan bing 184 (a > 0).

Nén ta co

= VAB? + BC2 + AA”

= VX2+y?+22 A

= Vi8a

e X+y+7

S = 2(xy + xz + yz) = 184

= 184°.

77777777777777

& xy+xz+yz=9d"

& yz=9a% - x(y +2).
Thé tich hinh hop chit nhat 1a V = xyz.

Co

Lai co

Déu “=" xdy ra khi vachikhiy = z & [

(x+y+2) =2 +y" + x>+ 2(xy + xz + yz) = 36a°

& x+y+z==06a

© y+z=06a-x.

(O R R R

(v +2)° > 4dyz

(6a — x)* > 4[9a° — (xy + x2)]
(6a — x)* > 4[9a* - x(y + 2)]
(6a — x)* > 4[94* — x(6a — x)]
(6a — x)* > 36a* — 24ax + 4x°
-3x* + 12ax > 0

0<x<4a.

x =0 (loai)

x=4a

ey=z=a=V=xyz=4a’.

Tacé V = xyz = x(x* — 6ax + 9a?) = x> — 6ax* + 9a’x.
Xét f(x) = x° = 6ax? + 9a>x (v6i 0 < x < 4a).

Tacé f'(x) = 3x* - 12ax+9a* = 0 &

Ta c6 bang bién thién

X=a

x = 3a.

3

X 0

a 3a

4da

y 0

+ a - 0 +

y O/”\O/““

3

Tir bang bién thién suy ra max f(x) = 4a’.
4da

Vay Vi = 4a°.

Chon dap an
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Cau 42.
Theo cong thic tinh ti 1& thé tich ta c6

SA SC SB SD
2o =t ()
SM SP SN SQ

Vi S.ABCD 1a hinh chép déunén SA = SB=SC = SD.

1 1 1 1
Dodd — + — = — + —.
SM SP SN SQ

Chii y: Trong bai tap trén, thiy da st dung cong thiic ti 1&
thé tich clia hinh chép tif gidc c¢6 dy 1a hinh binh hanh, khi
tién hanh gidi tu luan, cdc em can chiing minh cong thiic (*)
truée khi st dung.

Chon dap an

¢ B
60° g
Dé thiy géc giita BC' v6i ACC’'A’ chinh 1a géc AC'B. Ta A
5 AB ,
tinh dugc AB = a V3, 10i suy ra AC’ = = 3a. L
Caud3. . AP o an30r /
* St dung tinh chat cda tam giac vudng ACC’ tinh dudc o/
dudng cao cla ling tru 1a CC' = 242a, tit d6 suy ra thé
tich ctia ling tru bing &’ V6. Viy chon phuong 4n A. c £-4--------= B
AI
Chon dép an @

7
Cau 44. V6imoi x € (3;8) thi f/(x) > 10 > 2¢' (x). W' (x) = f' (x + 3) — 2¢’ (Zx — 5) > 0.

Kiém tra 7 o 13 23\ = xe|[—;5). Néntachonddp an x € |—; 4
2X—§€(3,8) X € Z’Z 4 4

Chon dép an @

Cau 45. Taco

y =4x} — 4mx = 4x(x* = m)
x=0

'=0e
Y ch—m:O.

+ D0 thi ham s6 ¢6 ba diém cuc tri khi va chi khi phuong trinh y’ = 0 c6 ba nghiém phan biét va y’ déi dau
khi x di qua cdc nghiém nay < phuong trinh x> — m = 0 ¢6 hai nghiém phan biét khac 0. © m > 0. (x)

+ Gid sif ba diém cyc tri ciia dd thi ham s6 da cho la A(0; m—1), B vm; —m* + m — 1), C (= m; —=m? + m = 1).
Goi H(0; —m? + m — 1) 1a trung diém ctda canh BC.

1
AH = m?; BC =2+m;AB = AC = \/m4+m:>SABC:§BC-AH:m2\/n_1.
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AB-AC-BC _ Nm*+m- Vm*+m-2m _

Ban kinh dudng tron ngoai tiép tam gidc ABC 1aR = o 1.
g g043 p g 4‘SABC 4m2\/171
m#0
m %0 m=0 m=1
o =N _ =3 _
m*=2m*+m=0 m:i—1+\/§ m:—1+\/§.
2 2
m=1

Chon dép an

Cau46. Tacosinx >0, Vx €

2
0;—|
7)

Pitr= V2cos3x+m+2,t>0.

Phuong trinh trg thanh 2 sin® x + sin x = 263 + 1 (¥).

Xét ham s6 y = 2£* + ¢ x4c dinh va lién tuc v6imoit > 0=y’ = 612 + 1 > 0, V¢ > 0.
Khi d6

() & f(sinx) = f(1)

& t=sinx

& V2cos®x+m+2=sinx
& 2cos’x+m+2=sin’x

& 2cos’ x+cos?x+ 1 = —m(x%).

y . 2\ . 1
batu = cosx. V6i x € O;? thiuel—=;1].

\S)

1
(>x<>x<)<:>2u3+u2+1:—mvéiue(—i;l

[

. 1
Xétham s0 f(u) = 2u + u?> + 1 véiu € (—5; 1] = f'(u) = 6u* + 2u.

1 28
Cho fwy=0e |~ 3 (y_ﬁ)
W=0(=1).
Bang bién thién

uo| o-= - 0 1

[ + 0 - 0 +
28 4

faw 1/ﬁ\l/

) ] 1 , 2
Ta thy v6i mdi gid tri u € (—5; 1] thi ¢6 duy nhit x € [o; ?")

° N . 2 < < 2 g A PRI A
Do do6 dé phuong trinh ban dau c6 ding 1 nghiém x € [0; ?ﬂ) thi duong thang y = —m cat do thi ham so
y = 2u? + u® + 1 tai ding 1 diém.
) ) 28
Tu bang bién thién ta thay m thda bai toan khi m = —1 hodc 7 <-m<4.
Vi m nguyén nén m € {-4; -3; -2; —1}.
Chon dép an @
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Caud47. Tac6 > +x+2>0 Vx € R nén ham sd x4c dinh va lién tuc trén R.
+ Do thi ham s6 khong c6 tiém can diing.

1
x|2--— 2_1
flim =L a I x 2 nén y = 2 Ia tiém ca
im ————= = lim = lim ———=——— =2nény = 2 la tiém can ngang.
ore \x2 4 x+2 Aot | A 2
xq[l+ -+ l+-+—
X X X X
1
x|2--— 2_1
2x—1 X R S oA A
+ lim ——— = lim = lim = -2 nén y = -2 la ti€ém can ngang.

X——00 1/x2+x+2 X——00 X—+00 1
1+ +—2 1+- +—2
X X X

Vay dd thi ham sb da cho c6 2 dudng tlem can.

Chon dép an @

Cau48. Taco:y =3x% + 1. Hé s6 gbc clia tiép tuyén tai N 1a y'(1) = 4
Phuong trinh tip tuyéntai Nlay = 4(x — 1) + 4 © y = 4x.

Phuong trinh hoanh do giao diém cia tiép tuyén véi do thi (C):

x=1

x=-=2.

Tiép tuyén tai diém N(1;4) ctia (C) cat dd thi (C) tai diém thi hai 1a M(-2; -8).
Chon dép an @

x3+x+2:4x<:>x3—3x+2:0<:>[

Cau 49. * Nhan xét day 12 hAm sb trung phuong c6 hé sé a > 0.
x=0

*Tacéy = x> — 7x nén suy ra ham s6 ¢6 3 diém cuc tri [x = — V7.
Xo = \/7

* Phuong trinh tiép tuyén tai A(xo; yo) ( 12 dudng thang qua hai diém M, N ) ¢6 hé s6 goc:
Yi— 2

k = = 6. Do d6 d€ tiép tuyén tai A(xo;yo) c6 hé s6 goc k = 6 > 0 va cit (C) tai hai diém phan biét
X1 — X2
V21 . 4
M()Cl;y]), N()Cz;yg) thi — \/7 < Xy < 0Ova Xo ¥ —T (hOé.Ilh d@ diém uf)n).

X0 = -2
* Ta c6 phuong trinh: y'(x)) =6 © x; = Txp—6=0& |xo = -1 .
xo = 3(0)
Viy c6 2 diém A thoa yéu cau.
Chon dap an @

Cau 50.

Goi O 1a tam ctia ddy ABCD. Qua O dung dudng thang Ot
vuong géc véi ddy tic nd song song v6i S A cit S C tai I. Suy
ra I 12 tAm ctia mit cau ngoai tiép hinh chép S.ABCD va I 1a
trung diém cia S C.

Xét tam gidc SAC vuong tai A, ta c

A 2 1
SC = ,S —aV6-—=2aV2=>R=-SC=aV2.
sin 60° V3 2

Vay dién tich mit cau ngoai tiép hinh chép S.ABCD 1a
S = 4nR* = 4n(a V2)* = 8nd>.

Chon dép an @
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PAP AN CHI TIET MA PE 2G109
Bién dich: Ngay 2 thdng 11 nam 2020

Céu 1. Tir bang bién thién ta thly ham s6 y = f(x)
DPong bién trén khoang (—2; 0) va (0; +o0).

Nghich bién trén khodng (—co; —2).

Vay ham sb da cho dong bién trong khodng (-2; 0).

Chon dap an

Cau 2. Dua vao d6 thi him s6 ta ¢c6 ham s6 c6 3 diém cuc tri.

Chon dap an

Cau 3. Dua vao bang bién thién suy ra gid tri nhd nhét ctia ham s6 trén [—1; 3] bang -2.

Chon dap an

) 4
Cau 4. Ham so f(x) = x + — xac dinh va lién tuc trén doan [1; 3].
X

f=xt s pm=1-2 pm=0e| T2
BEETY V=T wE x=-2¢[l:3].
13

Taco f(1)=5; f(2) =4 f(3) = EX

min f(x) = f(2) = 4

[1;3]
Suy ra

rggf(x) = f(1) =5.
Vay 1[111;131]1f(X) : Igg§f(X) =4-5=120.
ChQndépain©
Cau 5 _x2+3 ,_2x(x—1)—x2—3_x2—2x—3

Y T T G- T oy

, x=-1 loai ) . L _ 19 o
y=0e] _3 ﬂﬁamﬁ-COﬂD—7J6)—ayM%—3=¢gﬂy—6

Chon dap an

2 2x-2

Cau 6. Tap xdcdinh D = R\ {0}. Tacoy' =2x— — = —- Bang bién thién:
X X
x | 3 1 2
y - 0 +
17 5
4
3
Chon dép an @
Cau 7. Tu bang bién thién ta thdy lim y = +2 nén dd thi ham sb c6 hai tiém can ngang 1a cic dudng thang
y=-2vay=2. )
Chon dap an @

1-2x 3 x+3
T+x ) 5x—1

Cau 8. Loai ngay hAm s y = do hai ham s6 nay chi c6 2 duong tiém can.

. 1
Xétham so y = X
— X
Tap xac dinh: ¥ = R\ {£2}.
lim y = 0 nén do thi ham s6 c6 dudng tiém cin ngang la y = 0.

X—+00
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lim y = 400, lirgl y=—cova lim y = —oo, lirr% y = +oco nén do thi ham s6 c6 2 dudng tiém can ding 12
x—2% x—=2%

x—2~ x—-2"
X = +2.
Chon dép an @
1 1
3+ - 34—
o P +1 ) c .. 3x+1 )
Cau9. Tacod lim = =——va li al = lim X = —é.
xoto0 1 —2x  xo+oo 1 2 xo—c0 | —=2x x—o-o | 2
-9 --2
X X
3

Vay phuong trinh dudng tiém cin ngang ctia dd thi hAm sdlay = -3
Chon dép an @

Cau 10. Tacé:y = 3x> — 4x. Suy rahé s6 géc k = y'(1) = —1.
Chon dap an @

Cau 11. S6 nghiém ciia phuong trinh f(x) = m 1a sb giao diém ctia dudng thang y = m véi d6 thi cia ham
86wy - f(x)‘ 2 - N 2z

bé phuong trinh f(x) = m c¢6 3 nghiém phan biét, thi dudng thang y = m cat do thi ham so y = f(x) tai 3
diém phan biét © —1 < m < 3.

Chon dap an @

Cau 12. Quan sat do thitacé a < 0.

Do thi cat truc tung tai diém c6 tung do duong nén ¢ > 0.
Ham s6 cé badiém cuc trinéna-b <0 = b > 0.

Vay ham s6 can tim 1a y = —x* + 2% + 2.

Chon dap an

Cau 13. MJdi canh cta hinh da dién la canh chung cta diing hai mit, nén ddp an “MJdi canh Ia canh chung
ctia it nhat ba mit” sai.
Chon dap an @

Cau 14. Khbi tif dién déu c6 6 mit phang d6i xiing. Cac hinh vé sau minh hoa 6 trutng hdp.
A

Chon dap an @

Cau 15.
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Hinh bt dién déu c6 8 mit déu 1a p
cac tam giac déu canh a nén dién tich

2
S:&“fzzﬁaz. b

Chon dép an @

Cau 16. Khbi bat dién déu 1a khi da dién déu c6 8 mit; mdi mit 12 tam gidc déu ¢6 3 canh va mdi dinh
déu 1a dinh chung cia diing 4 mit.
Vay khoi bat dién déu 1a khdi da dién déu loai {3;4).

Chon dép an

Cau 17.
e Dién tich hinh vudéng ABCD c6 canh bﬁng ala S apcp = a’. S

e SA L (ABCD) = S A la chidu cao hinh chép, SA = a V6.

e Thé tich khdi chép S.ABCD,
1 1 a6

V==S SA==-a%- 6=
3 ABCD 3 a -a 3

Chon dép an

1
xac dinh trén 2 = R\ {1}.

Caul8. Tacoéhamsby = )16

Doy = >0, Vx # 1.

(1-x)7
Nén ham s6 dong bién trén cdc khoang (—oo; 1) va (1; +00).

Chon dap an @

Cau 19.
e Tip xac dinh 7 = [-1;1].
e Tacéy = x> —4dmx + 4.
e D&ham s6 dong bién trén R thi x> —4mx+4>0,VxeR o 4m*>-4<0e -1 <m< 1.

Vay m € {—1,0, 1} suy ra c6 ba gia tri nghuyén cta m.
Chon dép an @

Cau 20. Ta c6 tap xdc dinh clahamsby = x> —=3x+512 2 = R.
Tacéy = 3x*-3.

x=1

x=-1.

Ta c6 bang xét diu

Choy =0 &
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X —00 -1 1 +o0
Y + 0 - 0 +
7 +00
y / \ /
—00 3

Dua vao bang bién thién ta thiy diém M(1; 3) 12 diém cuc tiéu ctia do6 thi ham s6.
Chon dép an @

Cau 21. Dua vao bang bién thién, ham sb dat cuc dai tai x = 2, gid tri cuc dai 12 ycp = 3 va ham s6 dat cuc
ti€u tai x = 4, gia tri cuc tiéu 1a yor = 2.

Vay khang dinh ding 13 ham s6 dat cuc dai tai x = 2.

Chon dap an @

Cau 22. biéu kién d& ham s6 y = mx* + (m? — 1)x> + 1 —2m c¢6 mot cuc dai va hai cuc tiéu khi va chi khi do

m<0
m<0

) sSim>1 om<-l.
m—-1>0

thi ham s6 c6 ba diém cuc tri va do thi c6 huéng quay xudng dudi < {
m< —1

Chon dép an @

Cau23. Tacé:y = —4x> + 2mx.

L (YD) =0 4-2m=0 m=2
Theo dé: = &
y(=1)=3 —1l+m+n=3 n=2.
ViyP=m-n=2-2=4.

Chon dap an @

1

— 1 b 2
Cau24. Véia+br' > 0tacsy = (a+bx)3 nény = =(a+ b3y 3 b = al

. Do vay chi c6

phuong an D dung.
Chon dép an @

Cau 25.
Chon dép an @

Céu 27. T bang bién thién ta c6 tiém can diing x = —1 va tiém cin ngang y = 2.

Chon dap an

Céu 28. Hinh bén biéu dién 1 mit ctia khdi 1p phuong, dé thiy chi c6 4 6 bén trong 12 c6 diing 1 mit ngoai
dugc son do, con cic 6 khic s& c6 nhiéu hon hodic khdng c6 mit nao dudc son dd. Ma khdi 1ap phuong c6 6
mat nén c6 24 6 dudc son do.

Chon dap an

Cau 29. AABC vudng tai A = AC = VBC? —AB? = V25 -9 =4,
. .. 1 11 1
The tich khdi chop 14 V = 3+ Suapc - SA = 2 5 -AB-AC-SA==-3-4-4=8.

3
Chon dép an @
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Cau 30.
Goi O = AC N BD, H la trung di€ém cta AB.

1
Do ASAB vudngcantai S nén SH L AB,SH = EAB
DitSA=SB=x= AB = x V2.

a’> 2a°
A ABO vudng tai O nén AB* = A0 + OB? & 2x* = T °
x* = 3—612.
i V3
:>x:a46:>AB:x Z:af:SH:¥.
(SAB) L (ABCD)
Lai c6 {(SAB) N (ABCD) = AB
SH 1 AB.
= SH L (ABCD).
1
DOd(’)VS.ABCng'SH SABCD—_ SH:-—--AC-BD =
1 av3 1 a’ V6
.2 g-aV2 =
3 gy eeVi=y
Chon dap an
Cau 31.
Céc mait cta hinh bat dién déu canh a 12 cic tam gidc déu c6 dién tich bang S
a3
4 . . y
Hinh bat dién c6 8 mat. Vay tong dién tich tat ca cac mat cua hinh bat dién do B
la Vi D
243
S :8-“4 = 24% V3.
S’
Chon dép an @
Cau 32.
DoSB L AB,SB 1L BC,AB L BC nén S.ABC la ti dién vudng tai B. S
Suy ra
1 1 1 1 1 1 1 61 3a
= + + =—+ +—=—-.
[d(B,(SAC))* SB* AB?> BC?* 94> 164> 4a> 144a?
B =< C
) 1261
Do d6, d(B, (SAC)) = TR »
A
Chon dép an
S
Cau 33. Vi
2
3
Tac()SAABC:a vaSA = VSB2-AB? = V4a® — &2 = a V3.
. 1 a’®
Véy Vs apc = §SA *S aaBC = T
A -
C
B
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Chon dap an @

Cau 34.
Ta co: A’ C’
Vascawc = Vapcac + Vearpce B’
2
= Vapcacr = Vapcapce — Vawe = §VABCA’B’C"
1 )
Ma Vyurp o = gVABC.A,B,C, (vilang tru ABC.A’B’C’ va ti dién BA’B'C’ " c

c6 cling ddy va cuing chiéu cao).
2
Vay Vapcape = 7 -3V =2V.
3 B

Chon dép an

Cau 35. Dua vao do thi va ddp an, hAim s6 can tim cé dang y = ax*+bx*+c véia > 0. Loaiy = —x*+5x>—1.
Db thi ham s6 cat truc tung tai (0; c) véi ¢ < 0. Loai y = 2x* = 32> + 1.
4 \ e ... fa>0

Ham s6 y = ax* + bx? + ¢ can tim ¢6 2 cuc ti€u va 1 cuc dai khi { b <0
ab < 0.

a=2>0

ab=-6<0

a=1>0

ab=2>0

+ Xét dap dny = 2x* — 3x* — 1; { (thoa man).

+Xétdapany = x* +2x* - 1; { (loai).
Viy.

Chon dap an @

Cau 36. Tap xac dinh: ¥ = R.
X432 -m+2=0+3x2%+2=m (»).
S6 nghiém ctia phuong trinh () bing s6 giao diém ctia dd thi (C): y = x> + 3x? + 2 v dudng thang y = m.

Dua vao dd thi, phuong trinh (*) ¢6 3 nghiém phan biét khi 2 < m < 6.
Chon dép an @
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) 5
Cau 37. Xéthamsoy = f(—2 al )cé dao ham
x> +4

;o 5x \ ., 5x

Y= (x2+4).f(x2+4)
52420 ,,( 5x
T (2 +4p 'f(x2+4)

—5x2+20 [ 5x V[ 5x 5x :
- (ﬁ+4ﬁ'(ﬁ+4)«ﬁ+4)_Q(B(ﬁ+4)_H)
—5(x2—4)  25x% (2% +5x—4\[{-15x +65x — 60\’
- (ﬂ+4y'(ﬂ+4y'( 2+ 4 )( 2+4 )
—5(x% —4)-25x% - (—x + D)(x = 4) - [5@x = 4)(—x + 3)]?
(x2 +4)8 '

Khid6y =0 & —5(x> —4) - 25x> - (—x + D)(x — 4) - [53x — 4)(—=x + 3)’ = 0.

Dé théy, phuong trinh y’ = 0céd 6 nghiémbdiléla: x =+2; x=1;x=4; x = =; x = 3.

IS

£ e Ny 5 S
Vay s0 diém cuc tri cua ham soy:f( 2x )1a6.
x> +4
ChQndépén

Cau38. Tacé:y =3x>-6x-9,y =03’ -6x-9=0¢

¥0) =m, y(3) = m - 27, y(4) = m - 20.
Vi ham s6 lién tuc trén [0; 4] nén ta c6 r[{)l.i“l]ly =m-—27.

x=3e(0:4)
x=—1¢(0:4).

Theodébéi:r[{)l.iétl]ly:—25<:>m—27:—25<:>m:2:>P:5.

Chon dép an @
Cau 40. Xét phuong trinh x* —=3x> —m =0 = x> - 3x* = m.

< x=0
bit f(x) =¥ -3x* = f'(x) =3x* —6x=0 > )

x=2.
THI: x = —1 la nghiém ctia mau
=>-1-3-m=0=>m=—4
o x+1 1 e m A A s

Khi do (C): y = = cO0 mot tiém can dung.

(x+ D(x —\2)2 (x—2)2
Nén m = —4 thoa man yéu cau cua bai toan (1).
TH2: Néu m # —4
S6 tiém can ding 12 s6 giao diém ctia d6 thi ham s6 f(x) = x*> — 3x? va dudng thang y = m khong trung véi
nghiém x = —1.
Ta c6 do thi ham s6 y = x* — 3x? nhu sau:

P A s g x+1 .
Dé do thi ham sy = — " c6 ding mot tiém can ding thi phuong trinh x* — 3x?> = m ¢6 nghiém
¥ =3x2-m

duy nhit khic x = -1
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Dua vao dd thi, phuong trinh x* — 3x> = m c6 diing mot nghiém khac x = —1 khim > Ohodicm < -4 (2).

Hhwae=|"""
=
va m< —4.

Chon dap an

Cau 41.

Ta cO Vrapay =V = Vapcr — Vrap o !
Mt khac Vrape = Vrapor = V= EV

2
= Vrapay = §V-

Dé dang chitng minh dugc ABQP va A’B’ QP 1a hai tt giac
bing nhau

= SABQP\ = SA’B’QP = VR.ABQP = VR.A’B’QP (2 khoi Chép co
cung chi€u cao, cung dién tich day)

N =

1
= Vrapor = Vramor = EVR.ABA’B’ = gV-

Chon dap an @

Cau 42.
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Goi O 1a tim hinh binh hanh ABCD = O Ia trung di€ém ctia AC va

BD.
. SG 2
Ké AM cat SO tai G = G latrong tam ASAC = — = —.

Trong (S BD), i Gké EF || BD (E € SB; F € SD) = (AEMF) chinh

1a (P).
EG || BO SE SG SF 2
Taco EF || BD = I 5 —— = —=——==Zx,
FG|DO SB SO SD 3
Dé dang chitng minh dugc
1

SABC = SCDA = ESABCD = VS,ABC = VS.ACD = _VS.ABCD-

2

Ap dung cong thic ti s6 thé tich
o Voaew _SE SM_2 1|

Vsase SB SC 32 3
1 1
= Vs.aem = 3Vs.ac = ZVs.acp-

3 6

b) Vsamr _SM SF _

1 1
Veicp SC SD 2
1

2_1
3 3

p—

= VS.AMF = gVS.ACD = EVS.ABCD-

1

Suy ra Vs agmr = Vsaem + Vsamr = 5 Vs.asep-

3
Ma VS.AEMF + VH = VS.ABCD

Vsamer 1

Ve 2
Céch 2. Theo phuong phép tric nghiém ta c6 cach tinh sau:
D
DﬁtaZ—Zl;bZ—Z—;C=£=2;d=s—=§.
: SA SE 2 SM SF 2

= Vy = gVS.ABCD- =

Ta co

Vs .AEMF a+b+c+d 1

VS.ABCD dabcd - 3
Vi
= =
VS.ABCD

VS.AEMF
= _— =
Vi

Chon dép an

Cau 43.

Chon dép an

Chu 44. Véi mOl xe (3’ 8) thi f/ ()C) >10 > 2g/ (X) W (.X') = f’ (_X' + 3) - 2g’ (ZX - %) > 0.

x+3€(3;8) x € (0;5) 13 13
Kiém tra 7 13 23\ = xe|—;5). Néntachonddp anx e |—;4
2x—=€(3;8) xel—;— 4 4
2 4° 4
ChQndépain©
Cauds. y=x*+2mx*>+ 1,y =4x +4mx; y =0 0 4x(x* +m) =0 & [ ;:_O_m

Dua vao day ta thay m phai 12 1 gi4 tri nhé hon 0 nén ta loai di d4p 4n C va D.
Thu v6i dap an B: véim = —1tacoy =0c6é6 3 nghiémx =0;x = —-1;x = 1
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y(0) = 1;y(=1) = 0; y(1) = 0 = 3 diém cuc tri ctia do thi 1a: A(0; 1); B(—1;0); C(1;0).
Ta thi lai bing cach vé 3 diém A, B, C trén cing hé truc toa do va tam gidc ny vudng can.
Chon dap an @

Cau 46. Dit ¢ = x> — 3x — 1 trén doan [0; 2].

x=-1¢[0;2]

x=1¢€]0;2].

1(0)=-1,1(1)=-3,1(2) = 1 néntacd t € [-3;1].

bat g(r) = |t + 2m|, ta cd r[naxy max g(1) = max{g(-3); g(1)} = max {|2m — 3|; |2m + 1}}.

r=3-3¢r=0e3-3=06

0:2] [=3:1]
1
Truong hdp 1: 2m - 3| > 2m+ 1| & -44m-2) >0 o m < 5
Khidél}g%¥y:|2m—3|:3—2m22.
’ 1
Truong hgp 2: |2m+1|2|2m—3|@4(4m—2)20®m25.

Khidé%g¥y:|2m+1|:2m+l > 2.

. . P 1
Gid tri 16n nhit cia ham s y = |x* — 3x + 2m — 1| trén doan [0; 2] nhd nhat bang 2 khi m = 3 € (0;1).
Chon dép an @

Caud7. Taco x> +x+2>0  VYx € R nénham s6 x4c dinh va lién tuc trén R.
+ D6 thi ham s6 khong c6 tiém cén ding.
y— 1 x(Z - —) 72— l
+ lim ——— = lim = lim ——=—— =2nén y = 2 la tiém can ngang.
ot A2 gD dre \/7 arrd \/7
l+—-+—- l+-+=
X X
1
x|2-— 2 _1
¥ tim ——! I a I X 2 né 2 1a tiém ca
im ——— = lim = lim = —2 nén y = -2 la tiém cén ngang.
e X2 x+2 ™ 1 2 ot 1 2
1+-+—= 1+-+—
. ) x  x? x x?
Vay do thi ham so da cho c¢6 2 dudng tiém can.
Chon dap an @

Caud8. Tacoy = ——.
X

+ 1

Phuong trinh hoanh dd giao diém cta d va (C) la al =x+me xX*+m-Dx-1=0. (D)
X
Vi v6i moi m ta ludn c6 d cat (C) tai 2 diém phan biét A, B nén phuong trinh (1) ludn c6 hai nghiém

phan biét x;, x, khac 0.

1 1 +x)% -2 -1)?+2
Tacoh +hy= b - == MFO 2200 MoV A2 L yp 5g gy
b X5 (x1x2) =1
Vay k, + k, dat gia tri 16n nhat bang —2 khim = 1.
ChQﬂdépéﬂ@
(¥’ —3x=a,(-2<a<-1)
{ ¥ -3x=b(1<b<?2)
3
A . 1 f(x —3x):§ ¥ =3x=c,(c>2)
Cau 49. Taco’f(x3—3x)‘:—<:> e,
2 f(xa_gx):_l x*-3x=d,(d<-2)
2 ¥ -3x=e,(2<e<3)
X' —3x=f,(f >3)

Xétham s6y = x* = 3x;¢6y’ = 3x> -3
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Bang bién thién

Dua vao bang bién thién ta c6

Phuong trinh: x* — 3x = a ¢6 3 nghiém.
Phuong trinh: x* — 3x = b ¢6 3 nghiém.
Phuong trinh: x* — 3x = ¢ ¢6 1 nghiém.
Phuong trinh: x* — 3x = d ¢6 1 nghiém.
Phuong trinh: x* — 3x = e ¢6 1 nghiém.
Phuong trinh: x* — 3x = f ¢6 1 nghiém.
Viy tong c6 10 nghiém.

Chon dép an @

Cau 50. Chon A

*) Goi E, Flan lugt 1a hinh chiéu vudng géc cua A trén BB’, CC' = AE =1, AF = V3.

_ (BB’ L AE
*) Ta co:

, = BB’ 1 (AEF) = BB’ L EF = EF = d(C, BB) = 2. = AAEF vudng tai A.
BB’ 1 AF

. 1
*)Goi K = MM’ N EF = K latrung diém cua EF = AK = EEF =1..

1 1 1 1 3
*) Lai c6: MM'//BB" = MM’ 1 (AEF) = MM’ 1 AK = = + = 1= + -
AK?2  AM?  AM’? AM? 4
=AM = 2.
*) Goi H 1 hinh chiéu vuéng goéc clia A trén EF = AH 1 (BCC'B’).
1 1 1 1 4
*) Ta co: = + :>AH:E.MM’Z:AM2+A’M2:—6=>MM’:—:BB’.
AH? AE?  AF? 2 3 V3
8
SBB’C’C = d(C, BB/) .BB' = —.
V3
3 31 313 8
VA V 'BICT — —V g — ——AHS B — e . — = 2
ay Vapcapc 5 VABCCB = 5 3 BCC'B = 5 3723
Chon dép an @
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PAP AN CHI TIET MA PE 2G110
Bién dich: Ngay 2 thdng 11 nam 2020

Cau 1.

Chon dap an

Cau 2. Tap xac dinh Z = R.

i x=1
Tacoy’:3x2—3:0<:>[
x=-1.
"1)=6>0
Vay” = 6x. Khido ",
y'(=1) = -6 < 0.

Suy ra ham sb dat cuc tiéu tai x = 1 = y(1) = 3.
Vay diém cuc tiéu 1a M(1;3).
Chon dép an @

Cau 3. Trén doan [0;2] ta co
3x—-1 -
a <0, Vx #3.

y= =Yy = ;
x—3 ) (x —,3)
Do dé ham so nghich bién trén doan [0; 2].

1
Vi =v(0) = —.
dy max y y(0) 3

Chon dap ain@
Cau 4. Tap xic dinh 2 = [-3V2:3V2].
X x>0
y=1l-——;y =0 VI8-x*=xs& & x=3.
VI8 — 22 =
Bang bién thién
X |-3v2 3 3V2
y + 0 -
6
y / \
-3V2 3V2

Dua vao bang bién thién suy ra max y = 6; miny = —3 V2.

Chon dap an

Ciu 6. y' = 3x* — 14x + 11 ¢6 hai nghiém x = 1 € [0;2], x = - ¢ [0;2]
y(0)=-2;y(1)=3;y2)=0dodém = miny = -2

[0:2]
Chon dap én@
1 1
3+ - 34—
3x+1 3 3x+1
Cau7. Tacé lim 22— = | X _Zatim 2oy x_ 3
X—+00 — 22X X—+00 1 2 X——00 1 — 2_x X——00 1 2
-2 --2
X X

. A it s 3
Vay phuong trinh dudng ti€ém can ngang cua do thi ham so lay = —5-
Chon dap an @

Cau 8. Do thi ham s6 c6 dudng tiém cin diing x = 1 va tiém cin ngang y = 2.

Chon dap an

105



Cau 9. Taco:

. . 3x+1
lim y= Ilim =
ol g 2T 1
= x= 3 12 tiém can ding ctia d6 thi ham sd.

. . 3x+1
lim y= lim = 400
Ny Ly 2x—1
x (2) i (32) 1 3 3
+ N 2
o lim y= lim 2x - =5 == latiém can ngang ctia d thi ham 5.
X—+00 X—+00 X —

Chon dap an

Cau 10. Ta c6 phuong trinh hoanh do giao diém

2 ) x=2
=2x(xt e —=x02=x"-xo
x—1 x—1 x=-1.

X+

Vay s0 giao di€ém ctia do thi ham sy = x +

Chon dép an @

2 .
7 va dudng thang y = 2x 1a 2.

Cau 11. D6 thi ham s6 y = ax* + bx? + ¢ hudng xubng va c¢é6 3 diém cuc trithia < 0va b > 0.
Vay ham s6 can tim la y = —x* + 2% + 1.
Chon dép an @

Cau 12. Dua vao do thi ta nhan thiy d6 thi ham sb c6 mot tiém cin diing 14 dudng thang x = 1.
Trong b6én ham s6 di cho & bon phuong 4n, chi ¢ ham s6 & phuong 4n B ¢6 tinh chét trén.
Luu y thém rang:

1. Cachamsby = x* —2x2 + 1, y = x* — 3x dang da thiic nén dd thi ctia ching khong c6 tiém can. Do

RN 2 X PPV A , N N 2
thi ham so y = = cO mot tiém can dung la duong thang x = —1.
X

2. Ciing c6 thé dua vao cic diém do thi di qua dé suy ra ham sd can tim. Cu thé:
Dua vao do thi, ta thiy do thi ham s6 can tim di qua cac diém M(0; —1), N(=1;0). Tht truc tiép ta
A N P N A ~ . R 2 PR A x—1
thay do thi cac ham s6 y = x* — 2x%> + 1, y = x> — 3x khong di qua di€ém M, d6 thi ham s y = 7
X

2 >, 22X JEPIEN A +1 . > N
khong di qua diém N. Chi c6 do thi ham soy:x—ldl quaca M vaN.
x_

3. Mot cé4c gidi khac 1a dua vao su bién thién. Cu thé:
Dua vao d6 thi, ta thAy ham s can tim nghich bién trén cdc khoang x4c dinh va khong c6 cuc tri. Vi
cdc dao ham ctia ham s6 y = x* — 2x% + 1, y = x> — 3x c6 nghiém don nén cac ham s nay c6 cuc tri.

. X
Vihamsoy =
Y x+1

c6 dao ham dudng nén ham so dong bién trén cac khoang xac dinh. Chi c¢6 ham

2 x+1
SOy = thoa man di€u kién trén.
x —_—
Chon dép an @

Céu 13. Nhin hinh vé ta dém dugc 9 mit gdm c6 4 mit trén chop, 4 mit xung quanh va 1 mit ddy.
Chon dép an @
Cau 14. Dung AK 1 BB’ = AK 1 A’A, tuong tu dung AE L C'C = AE 1L A’A.
Tudo A’A L (AKE) = AA’ L KE.
, .| EKLBB N
Dodotaco{ FK L C'C = EK =d(C,BB) = 2.
Suy ra tam gidgc AKE vudng tai A, suy ra AI = 1 véi I 12 trung diém ctia KE. Suy ra MI = /3.
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A’A 1 (AKE)

Do{ AM L Aey = ML AKE).

Suy ra ((AKE), (A’B'C")) = (MI,AM) = AMI.
_ MI V3

S AKE),(A’B'C")) = — = —.

uy ra cos (( ), ( )) : M % i
Nén VABC.A’B’C’ = SAgc.AM = AKE.2 =—.1. \/§2— =2
cos 2 \V3

Chon dép an @

Cau 15. Bit dién déu c6 tdm mit 1 cac tam gidc déu, c6 sdu dinh va mdi dinh 1a dinh chung ctia bén miit.
Vay, bat dién déu 12 loai {3; 4.
Chon dap an @

Cau 16. Khbi da dién déu loai {4; 3} 1a khdi da dién déu ma mdi mit 12 mot da gidc déu c6 4 canh va mdi
dinh 12 dinh chung ctia diing 3 canh = khéi da dién déu loai {4; 3} 1a khéi 14p phuong.
Chon dép an @

Cau 17. Chon B.

N . . 1 24°
Khdi chop c6 dién tich ddy 14 S = a?, chidu cao h=2a = V = 38.h = il

3
Chon dap an

Cau 18. S6 giao diém cta hai dudng cong y = x> — x va y = x — x2 bang sb nghiém cda phuong trinh:
g g gy y g ghnie P g

x=0
P-x=x-xoer+xX-2x=0sx(x*+x-2)=0o|x=1
x=-=2.

Vay sb giao diém clia hai duong congy = x* —xvay = x — x* 12 3.

Chon dép an @

Cau 19. Tap xac dinh R.

Tacdy = x> +2(m+ )x— (m+1).

Ham s dong bién trén tap x4c dinh ctia n6 khi y’ > 0 v6i moi x € R

hay y = x> + 2(m + D)x — (m + 1) > 0(1) v6i moi x € R.

Tac6 A = (m+1)-(m+2)khids (1) & A <0o m+1)-m+2)<0e 2<m< 1.
Vay 2 <m<—1.

Chon dép an (C)

Cau 20. Ham sb bac bdn tring phuong y = x* —2x> +3céa-b = 1-(-2) < 0 nén ham sb ¢6 3 diém cuc
tri.
Chon dap an @

Cau2l. Tacéy = x> — 4x + 3.
20 x=1

=0
Y x=3.

Bang bién thién:
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X —00 1 3 400
S(x) + 0 - 0 +
2 +00
—oo 3

Dua vao bang bién thién ta thiy do thi ham sb dat cuc dai tai diém (1;2).
Chon dap an @

Cau 22. Tap x4c dinh ciaham s61a 2 = R.
Tacod f/(x) = x> + 2mx + (m*> —4) va f(x) = 2x + 2m.
Ham s6 dat cuc dai tai x = 1 khi va chi khi
m=1

esllm=-3 em=-3.

f(1)=0 m*+2m-3=0
{f”(1)<1 ®{2+2m<0

m< —1

Chon dap an @

Céu 23. Khang dinh sai 1a: “Ham s6 dat gia tri 16n nhit tai di€ém x = —2”. Li do: c¢6 thé thiy véi x > 1 thi

f) > f(=2).

Stra lai ding: “Ham s6 dat cuc dai tai diém x = —2”.

Chon dap an

x
Cau24. Tacoy =3x> —6xnény =0 &
X

=2.
Bang bién thién
X —00 0 2 +00
Y + 0 - 0 +

NN

Dua vao bang bién thién ta thiy ham sb dat cuc dai tai x = 0.

Chon dap an

Cau 25. Nhin bang bién thién ta d& dang thay dudc ham sb dat cuc tiéu tai x = 2
Chon dép an @

Cau 26. Tacé lim y = 1; lim y = 1 do d6 dudng thang y = 1 1a tiém can ngang ctia d6 thi ham s da cho.

X—+00 X——00
: : . 3 : :
Laicé: imy=—=;limy=-=. lim y=+oco; lim y = —oco.
x—1* x—1- 2 x—-1* x—-—1-

Do d6 do thi ham s6 c6 mot tiém can ding 13 x = —1.

Chon dap an
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2 3x+2  (x-2)(x-1
Cau27. +)Papan A:y = X x1+ _ (x )(?i )
X - X —

+) Pap 4n B: Tacé: x* + 1 > 0 Vx € R = dd thi ham s6 khong c6 tiém cén diing.
+) Pdp 4n C: P06 thi ham s6 chi c6 TCN.

= x — 2 = d6 thi ham s6 khong c6 tiém cin diing.

+) Pap an D: C6 hm1 1= 00 = x = —1 12 tiém can ding clia d6 thi ham sb.
x— X
Chon dap an @
1S d(A’; (ABC
Cﬁu 28 VA’.ABC _ 3 ABC ( ’( )) _ l
Vapcasce  Sasc-d(A’3(ABC)) 3
Chon dap an @
. o g . , V3,
Cau 29. Dién tich tam giac ABC la: S = (2a)” - il a> 3.
3.V
Ta co: VS,ABC = _h'SAABC = h= - SABC = Cl\/g.
3 SAABC
Chon dép an @
Cau 30.
Goi O 1a giao diém 2 dudng chéo, I 1 trung diém cua BC.
AC \/_ a \/_

Ta cod O = OC - cos45° =

2 2
Vi (§ BC) N (ABCD) = BC,S1 L BC,10 L BC nén goc gitia (S BC) va mat
day la S10.

— SO . So av2
tanSIO—ac>tan45 _EZ>S0_01_T
\/—
Chiéu cao hinh chéplah= SO = —— >

Dién tich ddy S 0% = AB?> = (AC - cos 45°)* = 24>,

1 lav2 , _aV2
Thé tich hinh chép V = §hS 375 2a 3
Chon dap an @
Cau 31.
Dady ctia hinh ling tru 12 tam gidc déu canh anén A’H =
av3 S _a*V3
— VASawe =T

Tir gia thiét ta c6 géc gitta canh bén va mit phang ddy
la AA'H = 45°.

Tam giac AA’H vudng can tai H, do d6 AH = A’H =
aV3

2
Thé tich kh61 léng tru ABCA'B'C'la:V = SA’B’C’ -AH =
3d®

8

Chon dép an

Cau 32.
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Goi H 1a hinh chiéu vudng géc ctia B’ trén mit phang day
(ABC).
Khi d6, goc giita canh bén vé6i ddy bang
(B'B,(ABC)) = (B'B,HB) = B'BH = 30°.
Trong tam gidc vuong B’'HB

1
B'H = B'B - sin 30° :2\/35 = 3.

Nhu vy, thé tich khdi ling tru 13

) 32.43 27
Vascame = BH-Sapc= V3 = .
4 4
Chon dap an @
Cau 33.
A’ C’

Ling tru tam gidc déu ABC.A’B'C’ = AABC déu; AA’ L (ABC).

. 3
Goi N la trung diém canh BC = AN L BC; AN = d.

2
(AN L BC
Ta cé
AA’ 1 BC
(A’BC) N (ABC) = BC
Do d6 {AN C (ABC);AN L BC = ((A’BC/),\(ABC)) = (A'ﬁ,\AN) = A’NA = 60°.
A’N c (A’BC);A'N 1 BC

= BC L (AA'N) = BC L A'N.

. . . L 3 3
Xét tam gidc A’AN vudng tai Ataco A’A = AN - tan60° = % -3 = ?a.

3a a2\/§_3\/§a3
=—

Thé tich lang tru ABC.A’B'C' 1aV = AA” - S sapc = 7
Chon dép an @

Cau 35. Dua vao do thi va ddp 4n, hAim s6 can tim cé dang y = ax*+bx*>+c véia > 0. Loai y = —x*+5x*—1.
D6 thi ham s6 cit truc tung tai (0;¢) véic < 0. Loai y = 2x* = 3x2 + 1.

. R . . (a>0
Ham s6 y = ax* + bx? + ¢ can tim ¢6 2 cuc ti€u va 1 cuc dai khi { b <0
a .
sxétdipany =20 - 32~ 1: 127279 (thoa man)
étdap any = 2x* —3x2 - 1; 6a man).
pany ab=—-6<0
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e xétdipany = +22-1:497170 qoan
=X x> =1 1).

pany ab=2>0 """

Viy.

ChQﬂdépéﬂ@

Cau 36. Tap x4c dinh ctiahaim s61a 2 = R.
Tacdy =3(m?> - 1)x*>+2(m— 1x— 1.
Dé& ham s6 nghich bién trén R & y’ < 0,Vx € R.

e Trudnghop 1: m*> -1 =0 m = +1.
Véim=1:y = -1 <0 = m =1 thda yéu cau bai toan.

Véim = —1:y = —4x — 1 = m = —1 khong thda yéu cau bai toan.

e Truong hop2:m?> — 1 #0 & m # +1.

4<0 mE—1<0 -l<m<1
Yy <0,VxeR & o ) ) & 1 >m=0
Ay <0 (m—-1)°"=3(m"-1)(-1)<0 —ESmsl

Vay ¢6 2 s0 nguyén m thda yéu cau bai toan.

Chon dép an

Céu 37. Xét ham sb g(x) = £(x) — 2019.
lim g(x) = —oco; lim g(x) = +o0

X——00 X—+00
Ta c6 { g(0) = £(0) — 2019 = d — 2019 > 0

e(1)= f(1)=2019 = a+b+c+d—2019 <0.
Do d6, d6 thi ham sd y = g(x) cat truc hoanh tai 3 diém phan biét, suy ra ham sd y = g(x) c6 hai diém cuc
tri.
Vay s6 diém cuc tri cia haim s6 y = |g(x)| = |f(x) — 2019| c6 sb diém cuc trila 2 + 3 = 5.

Chon dap an

. 1
Cau 38. Xét ham s6 f(x) = 2x*> — 3x — 1 trén doan [5; 2].

Taco: f'(x) =4x-3,f(x) =0 x = %

Bang bién thién

1 3
Y12 2 2
f(x) - 0 +
-2 1
| T— /
8

17 1 17
Ta co: -y <f(x)<1,¥xe [5;2] = 0<|f(x) < 3

« 17 .
Viy maxy = 3 taix = —.

4
Chon dép an @
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0 1 1 4x+12-2x+12-2x)°
Cau 39. Thé tich clia hop 4 V = (12227 = 7.4x(12 - 2" < Z'( al 2); Y _ 08,
Déu bang xay ra khi 4x = 12 — 2x & x = 2. Vay x = 2 thi thé tich hop 16n nhét.
Chon dap an @

A A . N A , PN A -, 1 PN A . -2 9 . PN A
Cau 40. DO thi ham so0 ¢ ti€ém cin ding x = ~5 tiém cdn ngang y = 2, giao diém cua hai ti€ém cin
I ! 2|, dao ham ctia ham s6 12 y’ 10

-—;2], u S = —.

2] Y= O+ 1)

2 4 - N I % . , < P A 5 X JEIEN A o2l R
biem My(xo; 2xo 1) thudc do6 thi ham so. Khi dé phuong trinh ti€ép tuyen cua do thi ham so tai diém
X0
4xy—3 10 4xy—3
M. — lay= ——— - + .
0o S T Y = G T T
1 4x-8 4xo+ 1
Giao diém cia tiép tuyén vdi tiém can diing A (_5 2x0 1); v4i tiém can ngang B( on ; 2).
Xo +
10 1
A= , IB =|2xo + 1| va AIAB vudng tai I nén dién tich AIAB1a S = -IA-IB =5.
[2x0 + 1] 2

Chon dép an
Cau 41.
Goi H 1a trung diém ctia BC = A’H 1 (ABC).

2

\ 3

AABC ddu canh a = S upc = 2 f.
Theo dé bai goc giita AA’ v6i mit phang ddy (ABC) bing

3
60° = AAH = 60°, AH = a;/_

A'H 3
tan 60° = I = A’H = AH -tan 60° = %- V3=—
3v3a?

Vascapc = Saapc-A'H = g
Chon dap an @
Cau 42.

Goi H 1a trung diém ctia AD. Vi ASAD can tai S
= SH 1 AD.

) {(SAD) N(ABCD) = AD
Ta co

(SAD) L (ABCD)
= SH L (ABCD) = Vs apcp =

2
Ma SABCD = ((l\/i) :2(12
4a® H-2d°
- % - ST“ = SH = 2a.
/{SHJ_(ABCD)
Ta co

CD c (ABCD)
MaCD 1L AD = CD 1 (SAD) = (SAD) L (SCD) theo giao tuyén S D.
Tt HhaHK L SD = HK 1 (SCD)

= HK = d(H;(SCD)). Tac6 AB || CD = d(B; (SCD)) = d(A; (SCD))

d(H;(SCD)) _ DH
Mit khdc d(A;(SCD)) ~ DA E'

\{SBH(SCD):S dN;(SCD)) SN 1
Ma = =

SH-Sapcp
3

= SH 1L CD.

NeSB ~ AB.(SCD)) SB 2
= d(H: (SCD)) = d(N: (SCD)) = HK.

112



1 1 1 SH-DH
ASHD vuong tai HLHK 1. SD = =

+ = HK = ———.
HK? SH? DH? VS H? + DH?
) avV2
a-—— 2
2 2
HK = 2 _@V2 2
a 22 361\/5 3
2 2+ -
)
ChQﬂdépéﬂ@
Cau 43.
ChQndépain@
s -2m-3 —m? +2m+3 R )
Cau44. Xéthamsoy = mr-om-- =y = m(—m)zhém s0 dong bién trén cac khoang xac dinh
X—m X—m

eoy>00-m+2m+3>0eme(-1;3)=>m=-2;-1;0= Tap S c6 3 phan ti nguyén.
ChQndépain@

Cauds. y=x*+2mx’>+ 1,y =4x +4mx; y =0 0 4x(x* +m) =0 & ;:_O -
Dua vao day ta thay m phai 1a 1 gid tri nhd hon 0 nén ta loai di ddp 4n C va D.

Thu v6i dap an B: véim = —1tacoy =0c6é6 3 nghiémx =0;x = —-1;x = 1

y(0) = 1;y(=1) = 0; y(1) = 0 = 3 diém cuc tri ctia do thi 1a: A(0; 1); B(—1;0); C(1;0).

Ta thi lai bing cach vé 3 diém A, B, C trén cing hé truc toa dd va tam gidc ny vudng can.
Chon dép an @

. 3 N . <
Caud6. Vantocv =v(t) = s = _Etz + 12¢. Ta can tim gia tri I6n nhat cia ham v(¢) véi ¢ € [0; 6]. Dé tinh

dudgc gia tri 16n nhit d6 bang 24 m/s, dat dudc tai thoi diém ¢ = 4.

Chon dép an

Cau 47. Néu m < 0 khi d6 khong ton tai lim y = do thi ham s6 khong c6 tiém cin ngang.
) 2 )
Neum =0khidoy = 2Cétépxécdjnh@:R\{2}.
x —

lim y = 0 = y = 01a tiém cin ngang ctia d6 thi ham sb.

X—+00

lim+ y =400
xl.—>2 = x = 2 14 tiém can diing ctia dd thi ham s6.
limy = —eo
Neu m > 0.
m?>—=5m 1
) ] \/mx2+(m2—5m)x+4 ) m+ X +§
lim y = lim = lim =m
X—+00 X—+00 X — 2 X—+00 1 %
X
m?>—5m 1
_ . ymx?+ (m*=5m)x+4 . Nt T2
lim y = lim = lim = —m.
X——00 X——00 x—=2 X——00 1 - %
X

y = +m 12 dudng tiém cin ngang ctia do6 thi ham sb.
Dé& dd thi ham s ding 3 tiém can thi dd thi ham s ¢6 1 tiém cén ding.
bit f(x) = mx? + (m2 - Sm) x+4.

— 1
f(2):0<:)2m2—6m+4:0<:)[m

m=2.

L V2 —4x+4  |x-2

lem:1:>y: = .

x—2 x—=2
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limy = l;lirgy:—l.

x—2+
V2x2 —6x+4
Voim=2oy=—— 277
x—2
) oo N2x2—-6x+4 . \V2(x-D(x-2) ) 2(x—1)
limy=lim ——————— = lim = lim = 4o00.
x—2* x—2* X — 2 x—2* X — 2 x—2* X — 2
R . . (m>0
Viay do thi ham so dung 3 ti€m céan thi {
m# 1.
Trén doan [—-100; 100] c6 99 gia tri nguyén cta m.
Chon dép an @

Cau 48. Quan sat do thi ta thay:

Do thi hinh trén 12 d6 thi cia hAim sd: y = ax* + bx> + ¢ (a<0). Loaiy=x* = x> —1via > 0.
Ham s6 c6 3 diémcuctri @ a-b<0maa<0=b>0.Nénloaiy = —x* — x> + 2.

Db thi ham s6 cat truc tung tai diém c6 tung d6 duong nén ¢ > 0. Nén loai y = —x* + 2x> — 2.

Chon dép an @

Cau 49. Dé thiy hé s6 gbc ciia dudng thing JA 1a k = tan 165° = V3 — 2.
Suyrald:y=(V3-2)(x+2)+1.

4 4
Hoanh do diém A théaman (V3 -2)(x+2)+1 =1 - = (x+2) =
' ( )( (x+2) ) 2- 3
4 2 4
SuyralA = \J(x+2°+(y—- 1= ,[—— +(V3-2). =4
‘/ 2- 3 ( )2—\/3

Chon dap an @

Cau 50. Goi a, b 1an luct 12 d6 dai canh ddy va chiéu cao ctia khdi hdp chit nhat.

2

+Stp:2a2+4ab:32:>ab:8_%.
3 643
+ Vapcoascop = a’*.b = —% +8a = Vyux = T\/_

Chon dap an @
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