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PHAN I. GIAI TiCH o
~ _A.NGUYEN HAM.
Van de 1. Cac cau héi ly thuyét.

Céu 1. Gid strham s6 F (x) 1a mot nguyén ham ctia ham sé f(x) trén K . Khing dinh nao sau day
dung? ) . ) )

A. Chi c6 duy nhat m¢t hang so0 C sao cho ham s0 y = F(x)+ C 1a mt nguyén ham ciia ham f trén
K.

B. Véi mdi nguyén ham G cta f trén K thi ton tai mot hang s6 C sao cho G(x)=F(x)+C voi
x thude K.

C. Chi c6 duy nhit ham s6 y = F(x) 1a nguyén ham ctia f trén K.

D. Vi mdi nguyén ham G cla f trén K thi G(x)= F(x)+C v6imoi x thugc K va Cbétky.

Cau 2. Cho ham s6 F(x) 1a mot nguyén ham ciia hAm s6 f(x) trén K . Ménh d nao sai?
A. [ f(x)dx =F(x)+C. B. ( | f(x)dx) = f(%).
C. (jf (x)dx) =/"(x). D. (j f(x)dx)'zF(x)

Cau 3. Cho hai ham s6 f(x), g(x) 1a ham s6 lién tuc, c6 F(x),G(x) lan lugt 1a nguyén ham cia
£(x), g(x).Xét cac ménh dé sau:
(D). F(x)+G(x) lamot nguyén ham cua f(x)+ g(x).
(II). k.F(x) la mdt nguyén ham cua f(x) véi keR.
(IID). F(x).G(x) 1a mot nguyén ham cua f(x).g(x).
Céac ménh dang la i
A. (). B. (I) va (1ID). C. Ca 3 m¢nh de. D. (ID).
Ciu 4. Trong céac khang dinh sau, khang dinh nao sai?
A. j(f(x) + g(x))dx = If(x)dx + jg(x)dx.
B. Néu F(x) va G(x) déulanguyén ham ctia ham sé f(x) thi F(x)-G(x)=C la hang sd.
C. F(x)=+/x 1amot nguyén ham cia 7 (x)=2+/x.
D. F(x)=x" 1amot nguyén ham cua f(x) = 2x.
Cau 5. Trong céac khang dinh sau khang dinh nao SAI?

A. [0dx = C (C1a hing s6). B. j x“dx = x“*' +C (Cla hing sb).

a+1
C. jldx=1n|x|+c (C 12 hing sd). D. jdx=x+c (C 12 hing sb).
X

Vin dé 2. Nguyén ham ciia ham so6 da thirc.
Cau 6. Néu [ £ (x)dx =4x" +x"+C thi ham s6 f(x) béng

3 3

A. f(x)=x4+x?+Cx. B. f(x)=128+2x+C. C. f(x)=12+2x.  D. f(x)=x'+>.
Céu 7. Nguyén ham ctia ham s6 f(x)=x"+x" 1a

A. %x4+§x3+C B. 3x2+2x+C C.x*+x*+C D. x*+x*+C

Cau 8. Nguyén ham ctia ham s& f(x) = %x3 -2x*+x-2019 1a

2 2

AL 2o X o B iv 204X o019xsC.
127 37 2 9 2
2 2

c L 200 oo19xsc, D. L i 20 Y ooroxac.
2" 3 2 9" 37 2



Céu 9. Tim nguyén F(x) cia hamsd f(x)=(x+1)(x+2)(x+3)?

4
A. F(x)zxj—6x3+%x2 —6x+C. B. F(x)=x"+6x"+11x" +6x+C.
4
C. F()c)=x?+2x3+l—21x2 +6x+C. D. F(x)=x"+6x"+11x* +6x+C.
Céu 10. Ho céc nguyén ham cta ham s f(x) = (2x+3)5 la
2x+3)° 2x+3)°
A. F(x)=m+C B. F(x)z( x;— )
C. F(x)=10(2x+3)" +C. D. F(x)=5(2x+3)"+C.
Cau 11. Tim nguyén ham Ix(xz +7)15 dx ?
AL 7) e B.-L(¥+7)'+C € (x+7)"+cC D. L(x+7) +cC
2 32 16 32
I 2021
Cau 12. Ho nguyén ham cua ham so f(x) =x (x2 +1) la
023 2022 2023 2022
X’ +1 241 *+1
1[ | } ™ ()™
2 2023 2022 2021 2020
2023 2022 ) 2023 ) 2022
+1 +1
) + C. D.l[(x ) —(x ) ]+C.
2023 2022 2 2023 2022

Céu 13. Biét ring ham s6 F (x)=mx’ +(3m+n)x’ —4x+3 12 mot nguyén ham ciia ham s6
f(x)=3x2 +10x—4. Tinh mn.
A. mn=1. B. mn=2. C. mn=0. D. mn=3.

Vén dé 3. Nguyén ham ciia ham s6 hiru ti.
1

Céu 14. Tim nguyén ham ciia ham s6 £ (x) =

5x—2
A | & _Lyjse-af+c B. | & fsr-2+C
5x-2 5 Sx—
C. | & Linfsx-2)+c & Sinfsx-2]+C
5x-2 2 x-2

5
1 n 1
tréen | —oo;— |.
1-2x 2

Céu 15. Tim nguyén ham cia ham s6 £ (x) =

A. %ln|2x—1|+C. B. %ln(l—Zx)+C. C. —%ln|2x—l|+C. D. In|2x-1|+C.
Cau 16. Tim nguyén ham ctia ham s6 f'(x) = x’ +%.
X
A [7(x) dx—x—+1+C B. jf(x)dx=x—3—3+c.
3 x 3 x
C. jf(x)dx=x—3—l+c_ D. jf(x)dx=x—3+3+c.
3 x 3 x
Cau 17. Ho tat ca cic nguyén ham cta ham sé 1 (x)z% trén khoang (2;+o) 1a
X
A. 3In(x-2)+ +C B. 3In(x-2)- +C

x—2 x—2



4

C.3In(x-2)- +C D. 3In(x-2)+ +C.
x—2 x—2
CAu 18. Cho biét I&dx aln|x+1|+bln|x—2|+C.
(x+1)(x-2)
Ménh dé nao sau day dung?
A. a+2b=8. B. a+b=8. C.2a-b=8. D.a-b=8.

Cau 19. (Pé tham khao danh gia ning luc 2021-PH Qudc Gia Ha Noi) Ho nguyén ham ciia ham sb
f(x)= ! > trén khoang (2;+) 1a
—zX

2
X
In(x-2)+Inx Inx—In(x-2)
A —————+(C. B.———mMmMm+C
2 2
¢, (r=2)=hnx D. In(x=2)-Inx+C.

2
Céu 20. Cho biét j%dx=a1n|(x—1)(x+1)|+b1n|x|+c. Tinh gid tri biéu thire: P=2a+b.
X —X

A. 0. B. -1. C. l D. 1
2
Céu 21. BSi bién 1 =x1 thi [— ( ~dx tror thanh
x_
t—1 (t+1? t+1 t+1
St B. j—t dt. c | St D. j—dt
Céu 22. Tim tat ca cdc ho nguyén ham cia ham s6 £ (x) =— 13 -
x’ +3x
1 1 x* 1 1 x*
A. x)dx =———+—1In +C B. dX— ——1In +C
If( ) 3x' 36 [x'+3 If 12x* 36 |x*+3
1 1 x* 1 1 x*
C. x)dx=———>——1In +C D. x)dx =-— +—In +C
If( ) 3x' 36 [x'+3 If( ) 12x* 36 |x*+3
(=) 1 (xe1) ‘
Cau 23. Biétj oo dxz—( ) +C,x#—1 v6i a,beN". Ménh dé nao sau day dang?
(x+1) a \x+1
A. a=2b. B. b=2a. C.a=2018b. D. h=2018a.
Céu 24. Cho [ = j—dx == ~blIn|x|+2¢In(1+x*)+C.Khidé S=a+b+c bing
(1+x ) X
A. —1 B. i C. Z D. 2.
4 4 4

Vén dé 4. Nguyén ham ciia ham s6 chira ciin thic.
Cau 25. Tim nguyén ham cta ham s6 f(x) =/2x-1.

A [f(x) dx—— 2x-1)32x—1+C. B. [f(x) dx=§(2x—1)x/2x—l+C.
C.[f(x dxz—%x/2x—l+C. D. [ f(x) 1\/2x 1+C.

Cau 26. Nguyén ham cua ham sé f(x)=3x+1 1a

A [ f(x)dx=(3x+1)Bx+1+C. B. [f(x)dx=3Bx+1+C.
C. jf x dx=§\3/3x+1+C. D. jf(x)dx=%(3x+1)%/3x+1+c.



1

Cau 27. Nguyén ham ciia ham sb f(x)z la
242x -1
A. J‘f(x)dx:%\/2x+l+c. B. [f(x)dr=+2x+1+C.
1
C. dx=2v2x+1+C. D. dx=——+—+C.
If(x) e If(x) (2x+1)\/2x+1
Cau 28. Biét Ix\/x+2j?x+2)\/;=a\/;—b\/x+2+C v6i a, b 1a cac s6 nguyén duong va C 13 hing s6
thuc. Gia trj ctia biéu thitc P=a+b la:
A. P=2 B. P=38 C. P=46 D. P=22
: TR A
Cau 29. Cho ham s6 f'(x) ¢ dao ham lién tuc trén khoang (0;+o0). Khi d6 I 7e dx bang
x
A. %f(\/})w B. f(vx)+C c. 2f(Vx)+cC D. 2/ (Vx)+C
Cau 30. Khi tinh nguyén ham J. x—3 dx, bang cach dit u =+/x+1 ta duoc nguyén ham nao?
Vx+1
A. j2(u2—4)du. B. j(u2—4)du. C. j(u2—3)du. D. j2u(u2—4)du.
Cau 31. Nguyén ham P=J.x.\3/x2 +1dx la
A. Pz%(x2+l)\3/x2+l+C B. P=%(x2+1)\/x2+1+C
C. P=§\3/x2+l+C D. P:%(x2+l)\3/x2+l+C
Cau 32. N ham R = dx 13
Au guyén ham '[x 5o x 1a
1, |Wx+1+1
A. R=—In +C B.
2 |Wx+1-1
R:l Vx+1-1 L C
2 Wx+1+1
Nx+1+1 Vx+1-1
C.R=1 +C D. R=1 +C
n Jx+1-1 ! Jx+1+1
Cau 33. Nguyén ham S = j X% +9dx 1a
249) 3 +9 249) V3?9
S=(x )5 i —3(xX*+9)Vx*+9+C  B. S=(x )5 i =3(x*+9)VxP+9+C
2 +9)x*+9 249) Vx2+9
C. S:(x )5 = 3(¢ o V¥ 94C D S:(x )5 T i resc
Cau 34. Nguyén ham [ =j;3dx la
(1-)
2
A J(1-2) +C B.———+C c.—X __+cC p. 1™ ¢
1-x° (1—x2)3 X



Cau 35.Cho [ = I dx . Bang phép d6i bién u =+/x* +1, khing dinh nao sau day sai?

3
X
Vxt+1
3
A x* =u* -1 B. xdx =udu C.Izj(uz—l).udu D.I=%—u+C

CAu 36. Nguyén ham [ = j

&y,
xX*A9—x?

42 2 2 2
A=Y ¢ B =YY% .c c.1=Y"Y,c p 1= ¢
9x 9x 9x 9x
3
Ciu 37. Nguyén ham / = [———dx la
1+x?

A. 1=—%(x2—2)\/1+x2+C B.Iz%(x2—2)\/l+x2+c
C. I=—%(x2+2)\/1+x2+C D.I=%(x2+2)\/l+x2+C

Vin dé 5. Nguyén ham ciia ham s6 lwong giac.
Cau 38. Tim nguyén ham cta ham sb f(x) =2sinx.

A. I2sinxdx=—2cosx+C B. stinxdszcosx+C
C. jzsinxdx=sin2x+c D. jzsinxdx=sin2x+c

Cau 39. Ho nguyén ham cta ham s6 y = cos (3x +%) la

1 T 1 V4
A. dx=—sin| 3x+— |+C B. dx=——sin| 3x+— |+ C
If(x)x 3 (x 6) If(x)x 3 (x 6)
C. If(x)dlesin 3w+ |+ C D. If(x)dxzsin 3+ 2 |+C
6 6 6
Cau 40. Phat biéu nao sau day dung?
A. Isin2xdx: c052x+C,CeR B. J.sin2xdx:c052x+C,CeR
C. [sin2xdr=2c0s2x+C,C R D. jsin2xdx=‘°052x+c,ce]R

Cau 41. Biét Jf(x)dx =3xcos(2x—5)+C. Tim khing dinh dung trong céc khing dinh sau.
A. [ £ (3x)dx =3xcos(6x—5)+C B. [ f(3x)dx=9xcos(6x—5)+C
C. [ f(3x)dx=9xcos(2x~5)+C D. | f(3x)dr=3xcos(2x~5)+C

Cau 42. Biét I(sin 2x—cos 2x)2 dx = x+%cos 4x+C, véia, b 1a cac sb nguyén duong, % 1a phan sé tbi

gianva CeR. Giatri cia a+b bang
A. 5. B. 4. C.2. D. 3.
Chu 43. Nguyén ham F (x) ciia ham s6 £ (x)=cos3xcosx, biét do thi y = F(x) di qua goc toa do la

sin4x N sin 2x sin4x sin2x

A F(x)==] : B. F(x)= S0 S
C. F(x):cosé4x+0022x D. F(x):s1n8x+sm44x

cos” nx

p

e . 5. . \ L3 J cro .
Cau 44. Biét j(cos2 x—sin’ x) sin 4xdx = — +C,Vv6i m,n, p eZ va Clahing so thuc. Gia tri

ciabicuthuc T=m+n+p la



A. T=9 B. T=14 C.T=16 D. T=18

2sin x

Cau 45. Nguyén ham M =J.—dx la
1+3cosx
A. M:lln(1+3cosx)+c B. M=31n|1+3cosx|+c
3 3
C. M:—§1n|1+3cosx|+C D. M:—%ln|l+3cosx|+C
Cau 46. Nguyén ham ciia ham s§ f(x) =3sin® xcosx 1a
A. sin’ x+C. B. —sin’x+C. C. cos’x+C. D. —cos’ x+C.
Céu 47. Tim nguyén ham cta ham sé f(x) = Sy
1+3cosx
A. jf(x)dx=§1n|1+3cosx|+c. B. jf(x)dx=1n|1+3cosx|+c.
C. jf(x)dx=31n|1+3cosx|+c. D. J.f(x)dx=—%ln|1+3cosx|+C.
Céu 48. Tim cdc ham s& £ (x) bit f'(x) = — > |
(2+sin x)
sinx 1
A. f(x)=————+C. B. f(x)=——+C
S (2 +sinx)’ S (2+cosx)
C. f()=———1C. D. f(x)=—2* Lc.
2+sinx 2+sinx

Cau 49. Tim ho nguyén ham ciia ham s6 f(x) =tan’ x.

A. J.f(x)dx:%tan“x—%tanzx+1n|cosx|+C. B. If(x)dx:%tan4x+%tan2x—1n|cosx|+C.

C. If(x)dx=%tan4x+%tan2x+1n|cosx|+C. D. If(x)dx=%tan4x—%tan2x—1n|cosx|+C.

sin2x

Cau 50. Cho nguyén ham [/ = J. dx . Néu u = cos2x dat thi ménh dé nao sau day dung?

cos® x+sin* x
1

1 2

1 1
A. [ = du B. /= du C.[=— du D. /= du
J.uz+1 J~2Lﬂ+1 2Iu2+l J.uz+1
inx+ +1)" . ,
Cau 51. Cho [—S%2% oSO o n e N va C i hing 56 thye. Gd
(sinx+cosx+2) (sinx+cosx+2)
tri ciia biéu thic A=m+n 1a
A. A=5 B. 4=2 C. 4=3 D. 4=4

Vian dé 6. Nguyén ham ctia ham s6 chira ham s6 mii, ham so logarit.
Cau 52. Tim nguyén ham cta ham so f(x) =T7".

" ¢ B. j7”dx=7“l+C C. j7"dx= Lii

A. I7’“dx= +C D. j7de=7*1n7+c

In7 x+1
Cau 53. (D& thi thir THPT Sé& GD Ha Noi 2022). Cho ham sé f(x) = ¢* + 2x. Khang dinh nao dudi day
dang?

A. j f(x)dx=e" +x*+C. B. j f(x)dx=e" +C.

C. j Fx)dx=e"—x*+C. D. j Fx)dx=e" +2x* +C.

Céu 54. Nguyén ham ctia ham sé y=¢>"' la



1
2

A. 2e¥ '+ C. B. e '+C. C.—e*'+C. D. %e’“ +C.

Cau 55. Tinh F(x) = j ¢*dx , trong d6 e 1a hing sb va e~2,718.

2.2 3
e X e

+C. B. F(x)=?+C. C. F(x)=e’x+C. D. F(x)=2ex+C.

A. F(x)=

Ciu 56. Him s6 F (x) =¢" la nguyén ham ctia ham s6 nao trong cac ham so6 sau

X2

A. f(x)=2xe" . B. f(x)=x%¢" 1. C. f(x)=¢e>. D. f(x)zz .
X
Céu 57. Nguyén ham cua ham s6 f (x)=2"(27 +5) la
A. x+5 2 +C. B. x+52"In2+C.
In2
C. 2| -2 risxl+c. D. 145 2 |+c.
In2\ In2 In2

Ciu 58. Cho F(x) la mét nguyén ham cua f(x)= théa man F(0)=10.Ham s6 F(x) 1a

2¢"+3
1 ; In5 1 B
A. g(x—1n(2e +3))+10+T B. g(x+10—1n(2e +3))
C. l(x—ln(26x+§jj+ln5—ln2 D. l(x—ln(2e’“ +3))+10+w
3 2 3
Chu 59. Him s6 f(x) c6 dao ham lién tuc trén R va: f'(x)=2e™ +1, Vx, f(0)=2.Ham f(x) la
A. y=2¢"+2x. B. y=2e"+2. C.y=e"+x+2. D. y=e”+x+1.
Inx

Cau 60. Nguyén ham ctia ham sb f(x) =—1a
X

In? x I-lnx Inx

A. +C B. ——+C C.T+C D. In’x+C
X
1
Cau 61. Neguyénham 7 = | —————dx la
e '[xxllnx+1
A. T=;+C B. T=2Jlnx+1+C

2dInx+1
C. T=§(lnx+1)\/lnx+1+c D. T=+Inx+1+C

Cau 62. Tim ho nguyén ham ciia ham s6 f(x) = x2e" .
A. If(x)dx=%3.6x3”+C. B. [ f(x)dx=3¢""+C.
C. [f(x)dx=e""+C. D. jf(x)dxzée’“”#c.
Cau 63. Nguyén ham cua f(x)=sin2xe™ " 1
Asinrem i, B2 e LeMrrC. p. <" e

Sin2X+l sinzx_l

C
Céu 64. Nguyén ham ciia ham s f(x) = ln()ch\/x2 +1) 1a
B

A. F()c)z)cln(er\/)c2 +1)+\/x2 +1+C. . F()c)z)cln(er\/)c2 +1)—\/x2 +1+C.



C. F(x)len(x+\/x2+1)+C. D. F()c)zx2 1n(x+\/x2+1)+C.
In® x

x(1+\/lnx+1)

Cau 65. Xét nguyén ham V = J dx.Pat u=1++1+Inx, khéng dinh nao sau day sai?

2
u” —2u
A (2u-2)du B.V = j—).(zu—z)du
X
5 4
=228 _4pyc py=t e 10 e
57 2 3 5 2 3

Céu 66. Cho ham s0 f (x) = 2x%e 4+ 2xe™ , ta C(')Jf(x)dx =me* *? +nxe® — pe™* + C . Gia tri cua biéu

thirc m+n+ p bang

Al B. 2 B .~
3 6 6
CAu 67. Biét [ f(2x)dx =sin x+Inx. Tim nguyén ham [ £ (x)dx.
J.f x)dx =sin —+1nx+C B. J.f(x)dx=2sin2§+21nx+C.
C. [f(x)dx=2sin>x+2Inx-n2+C. D. [ f(x)dx=2sin*2x+2Inx—In2+C.

Vién dé 7. Nguyén ham tong hop.
Chu 68. Ho nguyén ham cua ham s f(x)=e"+x la

A e"+1+C B.e"+x°+C C. e’“+lx2+C D. Le’“Jrl)c2+C
2 x+1 2
CAu 69. Tinh [ (x—sin 2x)dx.
2 2 2
A tsinx+C. B.%+cos2x+C. C. x2+COSZX+C. D.%+CO52X C.
Cau 70. Tim ho nguyén ham cua ham s6 y=x2—3x+l.
X
3 x 3
A 3 Liccer. B.- 3+lic cer.
3 In3 x 3 X
x3 X x3 3x
.- +C, CeR. D. ————In|x|+C, CeR.
3 In3 3 In3
Céu 71. Ho nguyén ham ctia ham s6 f(x) =3x" +sinx la
A. X’ +cosx+C. B. 6x+cosx+C. C. x’—cosx+C. D. 6x—cosx+C.
Cau 72. Cong thirc nao sau day la sai?
A. jlnxdx=l+c. B. [——dr=tanx+C,
X cos” x
C. Isinxdxz—costrC. D.jexdxze”+C.
Cau 73. Trong cac khéng dinh sau, khfmg dinh nao sai?
A. jcostdx=lsin2x+C. B. _[
2 e+l
1 v+1
C. |—dx=Inx|+C. D.
J.x | | -[ x+1
Céu 74. Ho nguyén ham cta ham s f(x)= l+sinx la
X
A. Inx—cosx+C. B. —L—cosx+C. C. 1n|x|+cosx+C. D. 1n|x|—cosx+C.

2
X



Cau 75. Tim nguyén ham ctia ham s f(x)=¢" (2022 B 20235e j -

x
Ao [ f(x)dx=2022¢" - 202 c. B. [ f(x)dr=2022¢"+ 205 ¢
x x
C. [ f(x)dx=2022¢" + 2023 ¢ D. [ f(x)dx=2022¢" - 202 ¢
x x
Cau 76. Ho nguyén ham ctia ham s6 y =e* (2 +-° > j la
cos’ x
A. 2¢e" +tanx+C B. 2¢" —tanx+C C. 2¢" - +C D. 2¢" + +C
CoS X coS x
Céau 77. Ham s F(x)=xIn(sinx—cosx) 1a nguyén ham cta ham s6 nao dui day?
2 2 '
+
A. f(x) :'x—. B. f(x)=2xIn(sinx—cosx)+ il (.cosx sin x) .
sin x —cos x sin x —cos x
2 : + 2
C. f(x)= al (.smx c0sx) . D. f(x)= 2x1n(sinx—cosx)+'x—.
sin x —cos x sin x —cos x

: In2 . .
Céu 78. Cho ham s6 f(x)= 2&.%. Ham s6 nao dudi ddy khong 1a nguyén ham cua ham s6 f'(x)?
x

A F(x)=2"+cC B. F(x)=2(2"-1)+C

C. F(x)=2(2% +1)+C D. F(x)=2""+C
Céu 79. Tim ho nguyén ham ctia ham s £ (x) = Xt
A [ f(x)dr=3x%""+C. B. [ f(x)dx=3¢""+C.
3
C [f(x)dr=5e™ wC. D. [/ (x)dv=2-e""+C.
Cau 80. Biét [ xcos 2xdx = axsin 2x+bcos2x+C v6i a, b 1a cac s6 hiru ti. Tinh tich ab?
A. abzl. B. abzl. C. abz—l. D. abz—l.
8 4 8 4

Céu 81. Ho nguyén ham ctia ham s6 f(x)=4x(1+Inx) la

A. 2x% Inx+3x°. B. 2x’ Inx+x’. C. 2x°Inx+3x*+C. D. 2x*Inx+x*+C.
Cau 82. Ho nguyén ham cta ham s6 f(x) = x.e** 1a
A. F(x)zlezx x—l +C B. F(x)=lez"(x—2)+C
2 2 2
C. F(x)=2e2x(x—2)+C D. F(x)zZez’“(x—%j+C
Cau 83. Ho nguyén ham cta ham s6 f(x) =2x(1+¢")1a
A. (2x—1)ex+x2. B. (2x+1)e"+x2. C. (2x+2)e"+x2. D. (2x—2)e"+x2.

Céu 84. Ho nguyén ham ctia f (x)=xInx 1a két qua ndo sau day?

A. F(x)z%lenx+%x2+C. B. F(x)z%lenx+%x2+C.
C. F(x)z%lenx—ix2+C. D. F(x)z%lenx+ix+c.
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trén khoang (0;7) 1a

Céu 85. Tét ca cac nguyén ham cia ham s f(x)=

sin“x
A. —xcotx+In(sinx)+C. B. xcotx—ln|sinx|+C.
C. xcotx+In|sinx|+C. D. —xcotx—In(sinx)+C.
, (2x2+x)lnx+1
Cau 86. Ho nguyén ham ctia ham so6 y = la
X
X X
A. (x2+x+1)lnx——+x+C. B. (x2+x—1)1nx+——x+C.
2 2
X x’
C. (x2+x+1)1nx———x+C. D. (x2+x—1)lnx——+x+C.
2 2
. » (x—a)cos3x 1 . o o oo p
Cau 87. Biét F(x) = —T+—sm 3x+2023 1a mdt nguyén ham ctia ham so
c
f(x)=(x-2)sin3x, (v6i a, b, ceZ). Gia tri cua ab+c bang
A. 14. B. 15. C. 10. D. 18.

Cau 88. Cho ham s f (x) = 2x"¢" "+ 2xe™ , ta o6 [ £ (x)dx =me" ™ +nxe’ — pe™* +C . Gid tri cia biu

thirc m+n+ p bang
A. 1 B. 2 C. B3 D. 7
3 6 6
Céu 89. Cho ham 6 F(x) 1a mot nguyén ham cua f(x) = 2025 (x* —4)(x* —3x +2). Khi d6 s6 diém
cuc tri cua ham s6 F(x) la
A. 5. B. 4. C. 3. D. 2.
Céu 90. Cho F(x) 1a mdt nguyén ham cta ham sé f(x) = e (x3 —4x). Ham s F(x2 + x) c6 bao

nhiéu diém cyc tri?
A. 6. B. 5. C. 3. D. 4.
Van dé 8. Cac bai toan nguyén ham co dieu kién.

Cau 91. Néu F'(x)= va F(1)=1 thi gia trj cia F(4) bang

x—1

A In7. B. 1+%ln7. C. In3. D. 1+In7.

Céu 92. Cho ham s6 f'(x) xéc dinh trén R\{l} théaman f"(x) =L1, £(0)=2022, f(2)=2023.
o

Tinh S= £ (3)—f(-1).

A. §=In4035. B. S=4. C.S=In2. .S=1.
Cau 93. Choham'sb /(x) théamin £"(x) = axr’ +-2 £/(1)=3, f(1)=2. f(%j:—% Khid 2 + b
x
bang
A. —é. B. 0. C. 5. D.é.
2 2
Cau 94. Biét F(x) 1a mot nguyén ham ctia ham s f(x)=e™ va F(0)=0. Gi4 tri cia F(In3) béng
A. 2. B. 6. C. 8. D. 4.
Céu 95. Cho ham s6 f'(x)théaman f'(x)=xe*va f(0)=2.Tinh f(1).
A £(1)=3. B. /(1)=ec. C. f(1)=5-e. D. £(1)=8-2e.
Céu 96. Goi F(x) la mdt nguyén ham cia ham s6 f(x)=xe™. Tinh F(x) biét F(0)=1.
A. F(x)z—(x+1)e’x+2. B. F(x)z(x+1)e’x+1.

11



C. F(x)z(x+1)e_"+2. D.F(x)z—(x+1)e""+l.
Chu 97. Goi F(x) la mdt nguyén ham cta ham sé f(x)=2", théa man F(0)= ﬁ Tinh gia tri biéu
n
thie 7= F (0)+ F (1)+...+ F (2022)+ F (2023) .

22023 + 1

B. T = 020222023 C.T— 2022 4 . . 22024 |
In2 In2

A. T =1009.

Cau 98. Biét F(x) 1a mot nguyén ham ciia ham £ (x)=cos3x va F(%) :§. Tinh F(%j .
(z
9

A. F(Ej 32 B. F(”j:E C. F(”j:ﬁ+6

9 6 9 6 9 6

Céu 99. Tim nguyén ham F (x) ctaham sé f(x)=sinx+cosx thoa man F(%j =2.

A. F(x)=—cosx+sinx+3 B. F(x)=—cosx+sinx—1
C. F(x)=—-cosx+sinx+1 D. F(x)=cosx—sinx+3
Cau 100. Cho F(x) 12 mdt nguyén ham ctia ham s6 f (x)=——. Biét F(%+k7rj =k v6imoi k e Z.
cos’ x
Tinh F(0)+ F(7)+F(27)+..+ F(107).
A. 55. B. 44. C. 45. D. 0.

Céu 101. Biét F(x) la mot nguyén ham ciia ham sé £ (x)=sin’ x.cosx va F(0)=r. Tinh F(%) .

A Fl Zl=—r. B.F|Zl=z. c.FlZl=-Lis. p.FlZ]=Lis.
2 2 2 4 2) 4

Céu 102. Goi F(x) 1a nguyén ham ctia ham sé f (x)=sin” 2x.cos’ 2x thoa F(%) =0. Gia tri

F(20237) la

A. F(20227)= —% B. F(20227)=0 C. F(20227) = —% D. F(20227)= %
. sin 2x + cos x Vs
Cau 103. Biét F(x) la mot nguyén ham f(x)=————— va F(0)=2.Giatricua F|— | la
( ) guy f( ) m ( ) (2]
NEER: g 248 c H2-8 p. H2+8
3 3 3 3
Cau 104. Cho F(x) 1a mot nguyén ham ctia ham s§ f (x)=— 2;t1 — trén khoang (0;+o0) thoa méan
X' +2x +x

F(1)=%. Gid trj ctia biéu thirc § = F(1)+ F(2)+ F(3) +...+ F(2023) bing

. 2022 . B. 2021.2023. C. 2002 1 ‘ D. _2022.
2023 2022 2024 2023
A o - N In(x+3) o
Cau 105. Gia st F(x) 1a mot nguyén ham cua f'(x)= — sao cho F(-2)+F(1)=0. Gia tri cia
x
F(-1)+F(2) bang
A. E1n2—§1n5. B. 0. C. z1n2. D. gln2+gln5.
3 6 3 3 6

Cau 106. Goi g(x) 1a mot nguyén ham ctia ham sé f(x)=1In(x—1). Cho biét g(2)=1 va g(3)=alnb
trong 6 a,b 1a cic s6 nguyén dwong phén biét. Hay tinh gié tri ciia 7 =34 — b*
A. T=8. B.T=-17. C.T=2. D. T=-13.
12



Vén dé 9. Nguyén ham ciia ham an
Céu 107. Him s6 F (x) nao sau ddy la mot nguyén ham ctia ham s6 f(x).g(x), biét F(1)=3,
Jf(x)dx=x+C1 va jg(x)dxzxz +C,.
A. F(x)=x2+1 B.F(x)=x2+3 C.F(x)=x2+2 D.F(x)=x2+4
CAu 108. Cho [ f(x)dx=4x"+2x+C,. Tinh I =[x (x*

10 6
X X

A T=2x"+x*+C. B.I:E+X+C. C.I=4x"+2x*+C. D. I=12x*+2

Cau 109. Him s0 y = f(x) lién tuc théa man f(x)>0, f7(x)20;Vx (0;+), f(2)=4va
[/'(x)] =(x+1)" £(x). Khi do gia tri f(1) bing

2 B. L. C.0. D3
16 16 4
Céu 110. Cho ham s6 y = f(x) théaman f'(x).f(x)=x*+x7.Biét £(0)=2.Tinh f?(2).
313 332 324 323
A [7(2)= B. /7 (2)="2 C r(@)="2 D. /2(2)-2.

Cau 111. Cho hai ham sb F(x),G(x) xéc dinh va co dao ham lan luot 1a f(x).g(x) trén R. Biét rang
3

F(x).G(x)=x" ln()c2 +1) va F(x).g(x)= 22)11 Ho nguyén ham cta f(x).G(x) la
x

A. (x2 Jrl)ln(x2 Jr1)+2)c2 +C. B. (x2 Jrl)ln(x2 +1)—2)C2 +C.
C. (x2 +1)1n(x2 +1)—x2 +C. D. (x2 +1)1n(x2 +1)+x2 +C.
Céu 112. Cho ham s6 f lién tyc va c6 dao ham trén R, f(x)>-1VxeR,f(0)=0 va thoa man
x)x/xz_+=2x\/m. Tinh f(\/g)

A. 9. B. 7. C.3. D. 0.
Chu 113. Cho ham s6 f(x) xéc dinh trén doan [-1;2] théaman f(0)=1 va f>(x).f"(x)=1+2x+3x".

Gié tri nho nhat va gi4 trj 16n nhat ciia ham s6 f(x) trén [-1;2] Ia

A. gigf(x):%/i;r[n]a;]cf(x)zi/ﬁ . B. Ej%f(x):{/f;l[nlaﬁf(x):%
C. gigf(x):%/i;r[{lla;]cf(x)zi/ﬁ. D. gi%f(x)zi/z;r[{%f(x):% '
1

Céu 114. Cho ham sb f(x) liéntyc trén R, f(x)#0 v6imoi x vathoaman f(1)= 3

F(x)=(2x+1) £ (x) Biét f(1)+ f(2)+...+ f(2022) = %—1 véi a,beN,(a,b)=1 Khing dinh ndo

sau day sai?
A. b—a=2022. B. ab<2019. C. 2a+b=2022. D. 5<2020.

Céu 115. Cho ham s6 f(x) lién tuc trén R théa mén céc diéu kién: £ (0)= 242, f(x)>0, VxeR va
f(x).f'(x)=(2x+1)1+ f*(x), VxeR.Khido6 giatri f(1) bang

A. 26 B. \24. C. 5. D. 23.
Cau 116. Cho /s y = f'(x) lién tyc trén (0;+00) thoa man 2xf'(x)+ f(x)= 3x%x; f(1 )=— Tinh
f(4)?

A. 24. B. 14. C. 4. D. 16.

13



Céu 117. Cho ham s6 f'(x) thoa m€1n(f'(x))2
Tinh gié tri ciia 7 = 7 (2).

AB B. 10 c.® p. %
30 15 15 15

+f(x).f"(x)=x-2x, VxeR va f(0)= f'(0)=1.

Vin dé 10. Mot s0 bai toan ng dung ciia nguyén ham. i
Cau 118. Mot 6 t6 dang chay voi van toc 10(m/ s) thi nguoi 1ai xe dap phanh. Tu thoi diém do, 6 t6

chuyén dong chm dan déu véi van toc v(¢)=10-2¢(m/s), trong d6 ¢ 1a khoang thoi gian tinh bang
gidy ké tir lac dap phanh. Tinh quing dudng 6 t6 di chuyén dugc trong 8 gidy cudi cung.

A. 50m. B. 25m. C. 55m. D. 10m.
Cau 119. (Dé theo cau tric bai thi PGNL DHQG 2022). Mat 6 t6 bat dau chuyén dong nhanh dan déu
vé6i van toc v, =8t (m/s).biduge 5(s), nguoi 1ai xe phat hién chudng ngai vat va phanh gap, 0 to tiép
tuc chuyén dong cham dan déu véi gia toc a =-75 (m / sz) . Tinh quang dudng S (m) di dugc cta 6 to tir

lac bat dau chuyén banh cho dén khi dimg han.
A.S§=94,00(m).B. 110,7(m). C. §=87,50(m).D. §=95,70(m)

Cau 120. S6 lugng ciia mot loai vi khuan duogc tinh theo cong thie N (x) , trong do6 x 1a s6 ngay ké tir

va luc dau s6 luong vi khuan 1a 5000 con. Hoi ngay thir 12

thoi diém ban dau. Biét ring N'(x)= ?000
+Xx
s6 lugng vi khuan gan nhit véi két qua nao sau day?
A. 10130. B. 10120. C.5154. D. 10132.

B. TICH PHAN.
Van dé 1. Cau hoi ly thuyet.
Céu 1. Cho f(x) laham s lién tuc trén [a;b] (v6i a <b)va F(x) 1a mdt nguyén ham ciia £ (x) trén

[a;b] . Ménh d nao dudi day dung?

A. j.f(2x+3)dx = F(2x+3)] .
B. jk.f(x)dx=k[F(b)—F(a)].

C. [f(x)dx=F(b)-F(a).
b
D. Dién tich S cta hinh phang gi6i han boi hai duong thing x =a,x =5, d6 thi ham s6 y = f (x) va
truc hoanh dwoc tinh theo cong thie S =F(b)—F (a).
Cau 2. Ham s6 y = f(x)lién tuc trén[2; 9]. F(x) 12 mot nguyén ham cua ham sd £ (x) trén [2; 9] va
F(2)=5; F(9)=4.Ménh dé nao sau day ding ?

A. j.f(x)dxz—l. B. j.f(x)dle. C. j.f(x)dx=20. D. j.f(x)dxz—l.

4
Cau 3. Cho ham s6 f(x) lién tuc trén R va [ f (x)dx =2. Ménh dé nio sau day 14 sai?
-2

3

A [f(x+l)dx=2. B, if(Zx)dx:I. C. jf(Zx)dsz. D.

-3

%f(x—2)dx:1.

O ey N
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Céu 4. Cho hai ham s6 y = f(x),y = g(x), s6 thuc k € R 1a c4c ham sé kha tich trén [a;b] c R va

ce [a;b] . Khi @6 biéu thirc nao sau day la biéu thirc sai.

b b b b b
Ao [ f (x)-g(x)de = £ (x)d.[ g (x)dx. B. [k.f(x)dx=k[ f(x)dx
b b c b

C. f(x)=0,vxe[a;b]thi [ f(x)dx>0. D. [ f(x)de=f(x)+]f(x)dx
Céu 5. (Pé tham khao, dé¢ PGNL PHSP Ha Ngi — 2022). Cho ham s v o
y=f(x) ¢6do thi ham sé y = £'(x) trén doan [-2;3] cho boi hinh vé 2y A=
bén. Gia tri cia biéu thue H = f(3)— f(-2) la ./ .

A. H=15. B. H =10. ! o !

C. H =16. D. H =8. S T2 3

Vién dé 2. Tich phan ham da thirc
0
Cau 6. Tinh tich phan 7 = [ (2x+1)dx.

A. 1=0. B. I=1. C.1=2. D.I:—%.
Cau 7. Tich phan j(3x+l)(x+3)dx bang
A.12. 0 B. 9. C.5. D. 6.
Cau 8. Véi a,b 1a cac tham sb thuc. Gia tri tich phéan j(3x2 —2ax—1)dx bﬁng
A. b’ —b*a-b. B. b’ +b’a+b. C. b’ —ba’ -b. D. 3b° —2ab-1.
Céu 9. Biét rang ham s6 f (x)=mx+n théa man j f(x)dx j x)dx =8. Khang dinh nao dudi day
la dung ? 0 0
A. m+n=4. B. m+n=-4. C.m+n=2. D. m+n=-2.

Cau 10. Cho j(3x2 —2x+ l)dx = 6. Gia tri cua tham s6 m thudc khoang nao sau day ?

0

A. (-12). B. (—0;0). C. (0;4). D. (-3;1).

1
Ciau 11. Cho n 13 s6 nguyén duong khac 0, hay tinh tich phan I = j(l -x° )n xdx theo n.
0

A. = ! . B.]:L. C.I= ! . D. /= ! .
2n+2 21,1 . 21,1—1 2n+1
Van dé 3. Tich phan ham so hiru ti.
Cau 12. ban
-[ 2x+3 8
A. —1n35 B. 1nZ C. l1nZ D. 21nZ
2 5 2 5 5

3
Cau 13. Biét jizdx —a+blne, voi a,b,ceZ,c<9. Tinhtong S=a+b+ec.
X

A.S=T7. B. §=5. C. §=8. D. §=6.
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Cau 14. Tinh tich phan [ = J( —i]dx
B

X
1 1
A [=— I =—+1 C.I1=1 D.I=e
e e
Cau 15. Biét j =aln2+bIn3+cIn5. Khi do6 gia tri a+b+c bang
+1)(2x+1)
A. 3. B. 2. C. 1. D. 0.
Cau 16. Biét [ = jmd :aln§+b,(a,be]R). Khi d6 gia tri cia a+4bbang
A. 50 B. 60 C. 59 D. 40
Cau 17. Biét Ide:a—lnb v6i a,b 1a cac sb nguyén duong. Tinh P =a”+5b>.
o X +2x+1
A. 13, B. 5. C. 4. D. 10.
1 7
Cau 18. Cho tich phan I = I—dx gia str ddt ¢ =1+ x*. Tim ménh d¢ dung.
o (14 x7
) ) N (1)
AT =—[—=dt B. [=[~——dt C.I=—[>—>dt D.[=2[—Ld
24t ot 24 ¢ 't
1
Cau 19. C6 bao nhiéu s6 thyc a dé J. sdx=1.
a+x’
A. 2 B. 1 C.0 D. 3

Vin dé 4. Tich phan ham vé ti.
2 N 1
Cau 20. Tinh tich phan [ = J 2xv/x* —1dx bang cich dit u = x* —1, ménh dé nao dudi day diing?
1

3 2 3 2
A. 1= [Nudu B.I:%Jx/;du C. I =2[Judu D. 7 = [udu
0 1 0 1
21 dx ) .
Cau 21. Cho f—:aln3+bln5+c1n7,véi a,b,c 1a cac so hiru ti. Ménh d€ nao sau day dung?
s xWx+4
A.a-b=-2c B. a+b=-2c C.a+b=c D.a-b=—c

1
Cau 22. Tich phan |

dr bang
v V3x+1

AL B.2. c.l. D. 2.
3 2 3 3
2
Cau 23. Biét j dx dx=a—-b-c véi a,b,c 1a cac sé nguyén duong. Tinh
1(x+1)\/;+x\/x+
P=a+b+c
A. P=18 B. P=46 C. P=24 D. P=12

242
Cau 24. Cho tich phan [ = J. V16—x*dx va x =4sinz. Ménh dé nao sau day dang?
0

: : : :
A. = 8] (1+cos2t)ds. B.I=16Isin2tdt. C.I= 8]1 cos2t)d D.I=—16Icos2tdt.
0 0 0

Cau 25. Bletj dx=a+bIn3+cln5 (a,b,ceQ).Gidtri cla a+b+c bing

1+\/3x+1
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AL B.2. c.t p. 2.
3 3 3 3

x+x

\/x—+
=(a* +1)Ja® +1-1.

C. 1:%[(# +l)m+l]

Ciu 26. Tinh [ = j

B. 1=§[(a2 +1)Va? +1—1]
D. I=(a2+1)\/a2+1+1.

2
Cau 27. Gia tri cua tich phan j \ /de bang tich phan nao dudi day?

A.

2sin’ ydy .

(@}

Q

2]

<
o'—,m\:\

1 n

2 4

2sin’ ydy . B. J.Sln * dx C. _[Sln ydy. D.
o COSX 0

S =N

1
Céu 28. Cho tich phan / = j

0’\/4—)62

£ .1 A K . V4 .
néu doi bién s6 x =2sint,t e (_E’EJ thi ta duoc.

3 o 3 %dt
A.1=jdt. B.Izj.dt. C.Izj.tdz. D.1=j—.
0 0 0 Ot
1 3
Cau 29. Biét al dx:a‘/E” véi a,b,c 1a cic sé nguyén va >0, Tinh P=a+b’—c.
ox+\/l+x2 15
A. P=3. B.P=7. C.P=-7. D. P=5.

Cau 30. Biét | ————dx= a+b\/_+c\/_ a, b, ¢ 1a cac s6 hitu ty, tinh P=a+2b+c—7
!3x+\/9x -1

A -t B. 50 c. 2. p. .
9 27 27
Van dé 5. Tich phan ham lwgng giac.

T

4
Céu 31. Cho ham s6 f'(x).Biét f(0)=4 va f'(x)=2sin*x+1, Vxe R, khi do jf(x)dx bang
0
2 2 2
T +167r—4' oz —4' c.r +157r' D.
16 16 16 16

T

A.

4
Cau 32. Cho ham s6 f(x) .Biét f(0)=4 va f'(x)=2cos’ x+3, Vx € R, khi d6 j f(x)dx bang?
0

7 +167-16

2 2 2 2
A T +87r+8. B. T +87r+2‘ C. T +67r+8‘ D. T +2‘
8 8 8 8
2 ‘
Cau 33. Gia tri cua _[ sin xdx bang
0
A. 0. B. 1. C.-1. p. =,
2
3 ae ~
Ciu 34. Biét | dsiny—cosx 4 b3t e(biee0). Tinh 22
v 2sin x +3cos x 3 c
A2 B. 2% c. 22 p. 27
3 3 3z 13
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Ciu 35. Tinh tich phan / = Icos3 x.sin xdx.
0

A.1=—l B.[:—ln“ C.l=-x" D. /=0
4 4

s

2
Cau 36. Cho tich phan [ = _[ V2 +cosx.sin xdx . Néu dat =2+cosx thi két qua nao sau day ding?
0

A. Izj\/?dz. B. 1=j\/?dt. C. I=2j\/;dt. D. Izj\/;dt.
3 2 3 0

P
Cau 37. Tinh tich phan [ = J. S Z * dv bang cach ddt u = tan x, ménh dé nao dudi day ding?
), COs™ x
% 2 l 1 1
A.Izjuzdu. B.1=I—2du. C.Iz—fuzdu. D.1=J.u2du.
0 0 u 0 0
. : ¢ . 2
CAu 38. C6 bao nhiéu s0 a € (0;207) sao cho Isms xsin2xdx = 5
0
A. 10. B. 9. C. 20. D. 19.
f
Ciu 39. Biét J. dx =4 3+b ,VOi a,beZ,ceZ” va a,b,c 1acac sd nguyén td cung nhau. Gia tri
o L+sinx c

cua tong a+b+c bang

A. 5. B. 12. C.7. D. -1.
S
Ciu 40. Cho tich phan s6 | SI—andx:aln5+bln2 V6i a,b e Z . Ménh d& nao dudi day dung?
» COSX+
3
A. 2a+b=0. B. a-2b=0. C.2a-b=0.. D. a+2b=0..
7 .
Ciu 41. Cho | S dc=aln2+b,v6i a, b 1 cde sb hiruti, ¢> 0. Tinh tong m.
0(cosx) —5cosx+6 c
A S=3. B. S=0. C.S=1. D. S=4.

Vin dé 6. Tich phan ham mii va logarit.

Chu 42. Cho F(x) 1a mdt nguyén ham ctia ham s6 f(x) :ln_x_ Tinh: [ =F(e)-F(1)?

X

A.I=l B.1=l C.I=1 D./=e

2 e

1

Cau 43. je””dx bang
0
Loy 3 Loy 4

A. g(e +e) B. e —e C. g(e —e) D. e —e

2
CAu 44. Cho j e 'dr=m(e’ —e') v6i m, p, geQ vala cic phan sb t6i gian. Gid tri m+ p+q bang
1

A. 10. B. 6. C.Q. D. 8.

3
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In6 x

Ie—
o I++/e"+3

Ciau 45. Biét tich phan dx=a+bIn2+cIn3,véi a, b, c 1a cac s6 nguyén. Tinh

T=a+b+c.
A. T=-1. B. 7=0. C.T=2. D. T=1.
. ¢ Inx :
Ciu 46. Bidt [————dx=a+bV2 véi a,b lacac so htruty. Tinh S=a+5b.
!x\/1+lnx Y
A. S=1. B.S:l. C.Szg. D. S==
2 4
Cau 47. Cho tich phan I:J3lnx+1dx.Néu dat t =Inx thi
X
1
1 e € 1
3t 1
A 1= B. /= j3’+1 C. I =[(3t+1)dr. D. 1=[(3t+1)de.
0 e 1 1 0

Cau 48. Cho [ = 14dx aln3+bln2+§ Vv6i a,b,c € 7. Khiang dinh ndo sau dau dung.

1x(lnx+2)
A a’+b*+cP=1. B. o’ +b* +c* =11. C.a*+b>+c*=9. D. &’ +b*+c* =3.
Can49.Biét 7=["— ¥  _Lina nbrine) véi a, b, ¢ 1a cée s6 nguyén duong.

0 e"+3e¢"+4 ¢
Tinh P=2a-b+c.
A. P=-3. B. P=-1. C.P=4. D. P=3
Vin dé 7. Tich phan tong hop.

Cau 50. Biét rang Ixe” Pdx = %(eb ) V6i a,b,c € Z. Gia tri clia a+b+c bang
A. 4. B. 7. C.5. D. 6.
Cau 51. Biét J il x =In(ae+b)véi a,b 1 céc s nguyén duong. Tinh gid tri ctia biéu thirc
x’ +xlnx
T=a’—ab +b2.
A. 3. B. 1. C.0. D. 8.

2 1 P
Cau 52. Biét j(x+1)2 e *dx=me" —n,trong d6 m,n, p,q 1a cac s6 nguyén duong va LT phan so toi

gian. Tinh T=m+n+p+gq .

A. T=11. B. T=10. C.T=17. D. T =8.
Céu 53. Cho ham s6 y = f(x) c6 dao ham trén R dong thoi théa man f(0)= f(1)=5. Tinh tich phan
1
IZJ.f’(X)ef( )
0
A. 1=10 B.I=-5 C.1=0 D. =5

4
Céu 54. Biét [ = J.xln(x2 + 9)dx =aln5+bIn3+c trong d6 a,b,c 1a cac sb thuc. Gia trj cua biéu thirc
0

T=a+b+c la:
A. T=11. B. T =09. C. T=10. D. T =8.

X —l)lnx+3x2—1

0(3
causs.Choj
1
Tinh P=a*+b*+c>.
A. P=9. B. P=14. C. P=10. D. P=3.

dr=ae’ +b+cIn(e+1) véi a,b,c 1a cdc s6 nguyén va Ine=1.
l+xlnx
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Vin dé 8. Tich phan dung tinh chat.

2
Cau 56. Biét [ f(x)dr=2 va jg )dx =6, khi do j[f g(x)]dx bang
1
A. 8. B. —4. C. 4.
1 1 1
Cau 57. Biét tich phan [ £ (x)dx=3 va [g(x)dx=—4.Khidé [[ f(x)+g(x)]
0 0 0
A. 7. B.7. C. -1.
2 4 4
Cau 58. Cho. [ f (x)dx=1, | f(t)dt=—4.Tinh [ f(y)dy
-2 -2 2
A I=5. B.1=-3. C.1=3.
Ciu 59. Cho [ f(x)dx=3 va [ g(x)dx=7,khido [ [ f(x)+3g(x)]dr bing
A. 16. B. -18. C. 24.

D. -8.
dx bang
D. 1.

D. I=-5.

D. 10.

8 12 8
Cau 60. Cho ham s6 f (x) lién tyc trén R thod man [ f(x)dx=9, [ f(x)dx=3, [ f(x)dr=5. Tinh
1 4 4

12
1= f(x)dx
1
A 1=17. B. I=1. C.I=11.
Cau 61. Cho f, g la hai ham lién tyc trén doan [1;3] thoa man
3 3
j[f )+3g(x =10, J[Zf(x)—g(x)]dx:ﬁTinh I[f(x)+g x) (dx
1 1
A. 7 B. 6. C.8.

T V3

Cau 62. Cho jf(x)dx=5. Tinh I=j[f(x)+2sinx]dx=5.
0 0

A T=7 B.1=5+% C.1=3

D.I=5+nx

Cau 63. Cho if(x)dx:2 va jg(x)dx:—l. Tinh [ = i[x+2f(x)—3g(x)]dx.

-1

A.]=1—7 B.]Zé C,]:Z
2 2 2
CAu 64. S6 diém cuyc trj ctia ham sb f(x)= I 12t(1t2 1a
+
2x
A. 0 B.1 C.2

2
Céu 65. Cho y = f(x) 1a ham s6 chén, lién tyc trén [—6;6]. Biét ring 'ff(x)dx

-1
6
Gid tri cita [ = [ f(x)dx 1a

A. I=5. B.71=2. C.1=14.

p. /=1
2

D. 3

3

=8; [ f(-2x)dr=3.

1

D. I=11.

Cau 66. Cho ham s6 f (x) lién tuc trén R va [ f(x)dr=2018, tinh 7 = [ xf(x*)dx
0 0

A. 1=1008. B. [=2019. C. 1=2017.
2 . 4f(\/;) .
Cau 67. Cho [ f(x)dx=2.Khidé [~—~dx bing
1 1 \/;
Al B. 4. C.2.

D. 7=1009.
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CAu 68. Cho jf(f +1)xdx =2 . Khi d6 Izjf(x)dx bing

1 2
A2 B. 1 C.4 D. -1

7 7
Cau 69. Cho f(x) lién tyc trén R théa man f(x)= f(10—x)va If(x)dx =4.Tinh [ = Ixf(x)dx
3 3

A. 80. B. 60. C. 40. D. 20.

| i
Cau 70. Cho If(x)dx=9. Tinh I = j f (sin3x)cos3xdx.

0
A. I=5. B.1—9. C.1=3. D.I1=2.

Vs

2 1
Akl 1=2] f(sinx)cos xdxv+3[ £ (3-2x)dr.
0 0

Céu 71. Cho ham s6 y = f'(x)= {

5—-x;x<1
A.I=7—1. B. [ =31. C. 1=32. D,]:E.
6 3
2 551nxf(\/3cosx+1) .
Cau 72.Cho /= [ f(x)dx=2. Gid tri cia | dx bing
1 0 J3cosx+1
A.2 B. —i. C. i D.-2
3 3

In2

4 5
Cau 73. Biét [ f(x)dx=5 va [ f(x)dx=20. Tinh jf (4x-3)dx— jf )e*dsx.
1 4

15 5

A T=—. B. I =15. C. 1= D. [ =25.
4 2
Céu 74. Cho f(x)1a ham sé lién tyc trén R thoa man f(x)+ f(2—x)=xe", VxeR. Tinh tich phan
2
1=jf(x)dx.
0
4_ —
A =271 B. =2 C.l=¢"-2. D. I=¢'-1.
4 2
; . ; Zf(tanx)d)c ;
Cau 75. (De theo cau tric Pe PGNL - PHQGHN - 2022). Cho J.—2=10.Tinh jf(x)dx?
, Cos x 0
A. 6. B. 3. C. 5.D. 10.
. . 4 (X f(x)
Cau 76. Cho ham s6 f'(x) lién tuc trén R théa man If(tanx)dx=3 Ve‘lj T dx =1. Tinh
0 o X+
1
Izjf(x)dx s
0
A.1=2. B. /=6. C.1=3. D. 1=4.
, f ¢ 45)
Cau 77. Cho ham s6 f'(x) lién tyc trén R va thoa man Icotx.f(sin2 x)dx:j dx =1. Tinh tich
. X
4 1
1
4
phan J.f( x)dx.
X
8
A. 1=3. B.]zi. C.1=2. D.Izé.
2 2
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Céu 78. (D@ theo c4u tric D¢ PGNL - PHQGHN - 2022). Cho ham s6 f'(x) théa f(0)=f(5)=1.

5
Biét jex [ f(x)+/'(x)]dx=ae’+b, a,beZ. Tinh biéu thirc O =™ +5™*.
0

A. 2. B. 3. C. 4. D. 5.
~ £ ‘n A v o f(z\/;_l) Inx _, ,
CAiu 79. Cho ham s0 f(x) lién tuc trén doan [1;4] va thoa man f(x)= T . Tinh tich
x x
4
phan 7= [ f(x)dx
3
A. 1=3+2In2. B. /=2In"2. C./I=In"2. D. /=2In2.

o C. UNG DUNG CUA TiCH PHAN ]
Van dé 1. Ung dung tich phin dé tinh dién tich hinh phang, thé tich khoi tron xoay

Cau 80. Dién tich phan hinh phing t6 den trong hinh vé& bén dudi duge tinh theo cong thirc nao dudi day?

A [(F()-g(x0))dr

-2
3

B. [ (g(x)~/f(x))dx

-2

C. [(f(0)-g(0)de+[(g(x) - £ (x)) dx. _% g 1\/\,1'=gm

y=J(x)

0 3
D. [(2(0)—f(0))dx+[(f(x)-g(x))dx. )
22 N 0 ” 1% y =+ 3x+d
Cau 81. Dién tich phan hinh phang gach chéo trong hinh v€& bén dugc tinh / %
theo cong thirc nao dudi day? ;o Q\
3 3 i 3 B T
A f(=x*+4x-3)dx.  B. [(—x" +2x+11)dx. / § \\.
; l /ﬂf‘ ¢ : \\\‘I ‘
C. I(xz—Zx—ll)dx. D. j(x2—4x+3)dx. N I A S W
1 . 1 \ Ay
Cau 82. Dién tich phan hinh phang gach chéo trong hinh vé bén dugc tinh \ meelmd f I."f
theo cong thirc nao dudi day? \ 1 /
i X
A (-2 +327 —1)dx. B. [ (26 —x"+2x—3)dx. \ |, </i
1 1 N :b?
i~
; . 7’
C. [(2¢° =3¢ +1)dx.  D. (=24 +x" —2x+3)dx. B el
1
75 Y 2 75
Cau 83. Dién tich phan hinh phang gach chéo trong hinh v& bén dugc Ay ’ ol i
tinh theo cong thitc nao dudi day? ' \
3 3 7T
A. j(x3—5x2+9x—7)dx. B. J( X’ +5x7 —9x+7)dx 4—,/— ' \
; ; /
C. [(=x*+x"+9x=9)dx.  D. [(¥'=x*-9x+9)dx. / e
1 1 |
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Céau 84. Tinh dién tich S ciia hinh phang (phan gach soc) gidi han
boi hai d6 thi ham sd f(x) = \/;;g( ) = x—2 va truc hoanh la:

A.Szz. B. S_E
3 3
C.S:E. D. S—E
3 3

CAu 85. Cho hinh phing (H) duoc gioi han boi dd thi ham sd y = €™, truc Ox,Oy va duong thing
x=2.Tinh S hinh phang trén.

A. et -1, B. %(64 —1). C. %e“. D. %(64 +1).

Cau 86. Goi S la dién tich cua hinh phéng gid1 han boi cac duong y = 1n_2x , y=0, x=1, x=¢.Ménh
x

dé nao dudi day ding?

A. S= ;zjlnx B.S= jlnzx C.S= j(lnxj dc.  D.S= j( )

1 X 1

Céu 87. Dién tich hinh phang duoc gidi han boi cac duong y =sin 2x; y =cosx va x=0;x —% a

Al Bl c.3 L

47 6 27 27
Ciu 88. Dién tich hinh phang gi6i han béi cac duong y=2x—1; y= g; x=3la:
X

A. 4—-6In6. B. 4+6ln%. C. ﬂ D. 2
3 24 6
Ciu 89. Dién tich hinh phang gi6i han boi cac duong y=¢€*; y=1va x=1 la:
A. e-2. B. e C. e+l. D. I-e.
Cau 90. Tinh dién tich hinh phang gi¢i han béi d6 thi ham s6 y = 4x—x* va truc Ox
A.11. B. ﬁ C. 2 D. 2
3 3 3
Céau 91. Dién tich hinh phang gi6i han boi hai duong y=x* +11x—6 va y=6x" 1a
A. 52. B. 14. C.l. D.l.
4 2

Céu 92. Goi S 1a dién tich hinh phang gi6i han boi d6 thi ham s6 (H):y = 271 Gache truc toa do. Khi

. x+1
do gia tri cia S bang

A. S=2In2-1. B. S=In2+1. C.S=In2-1. D. S=2In2+1.
Cau 93. Tinh dién tich hinh phéng gi6i han béi hai dd thi (P):yz—%(x2—8x+7),( ): y_;‘ !
x
A. 3,455.B.9-8In2. C.3-In4. D. %+4ln3+8ln2
Céu 94. Dién tich hinh phang gidi han béi cac do thi y=\x2 —4x—|—3‘ va y=x+3 la:
AS g, 205 c. 109, p. 126
6 6 6 5
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Cau 95. (Pé tham khao danh gia niing lwe 2021_PH Qudc Gia Ha Noi) y
Cho ham s6 y = f(x) 6 dd thi nhu hinh v&. Biét cic mién 4 va B c6 dién

2
tich 1An luogt1a 4 va 1. Tinh 7 = j 4xf (x*)dx.
1

|
/J
ol 1 R\7%
A. 1=6. B. 1=10. /

C.1=8. D. =12. !
Céu 96. Biét rang parabol (P): y* =2x chia duong tron (C):x* + )" =8
thanh hai phan 1dn lugt ¢ dién tich 1a S,, S, (nhu hinh v&). Khi d6

S, =8, = a;r—é voi a,b,c nguyén duong va b 1a phan s6 tbi gian. Tinh s; /é
C C
S=a+b+c. ©
A. S=13. B. S=16.
C. §=15 D. S=14.

Céu 97. Cho (H) la hinh phang gi¢i han béi parabol y = V3x? vanua
dudng tron tam (H ) ban kinh bang 2 nam phia trén truc hoanh (phan t6 dam trong hinh v& bén). Dién

tich cua (H) dugc tinh theo cong thire nao dudi day?

A 5= [[Va=x —5x ] ax.
B. S:;j[m_ﬁxz] .
[[Vimr e

Cau 98. Dién tich hinh phang gi6i han boi cac dudng y =mxcosx; Ox ; x=0;x=x bang 37.Khi dé
m la:

A. m=-3. B. m=3. C. m=-4. D. m=413.
Céu 99. Cho Parabol (P):y=x"+1 va duong thang d : y = mx+2 v6i m 1a tham sb. Goi m, 1a gié tri

C.S=

D. S=

— o —

ctia m dé dién tich hinh phang gi¢i han boi (P) va d 1a nh6 nhat. Hoi m, nam trong khoang nio?

1 1 1
A. (—/2;-2). B. (0;1). C. (-1;—). D. (—:3).
(2= (0:1) L) 533)
Cau 100. Goi (H) 1a hinh phang gidi han boi dd thi ham s6
y =—x*+4x va truc hoanh. Hai dudng thang y =m va y =n chia ,
(H) thanh 3 phan c6 dién tich bang nhau( tham khao hinh v&). Gia tri / \
ciia bidu thirc 7 = (4—m)’ +(4—n)’ bing / E T
A- T:ﬁ ]3.]-':ﬂ (o] \
9 15 \
C. 7 =405. D.ng.

Cau 101. Goi (H) 1a hinh phang gidi han boi cac dudng: y =sinx; Ox ; x =0;x=7. Quay (H) xung

quanh truc Ox ta duoc khdi tron xoay c6 thé tich 1a

2
T

A —. B. . C. 7 D. 7.
2 2
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Cau 102. Goi (H) 1a hinh phing gidi han béi cac dudng y = \/;.hlx, truc Ox,x =1, x =e. Tinh thé tich
khdi tron xoay duge tao thanh khi quay hinh phang (H) quanh truc Ok.
(e’ +1 (e—1 r(e+l (e’ -1
a2y p M) ¢ Herl) e
4 3 3 4

Cau 103. Thé tich cua khéi tron xuay duoc gidi han boi y=~xcosx+sin’x;y=0;x=0;x= %, la
7(3r -4 B. 7(5z+4) C. 73z +4) D. 73z +4)

4 4 4 5
Cau 104. Tinh thé tich vét thé tron xoay do hinh phang gi6i han boi y=+Inx, truc Ox va dudng thang

x =2 quay xung quanh truc Ox .
A. 2In2+1. B. 2zIn2+ 7. C.2z7In2—r. D. 2In2—1.

Cau 105. Thé tich ciia khéi tron xoay khi cho hinh phing gi6i han boi Parabol (P):y=x" va duong

A.

thang d : y =2x quay quanh truc Ox bang
2 2 2 2 2 2 2
A. 7rJ. 4x2dx—ﬂjx4dx . B. ﬁ.[(xz —Zx) dx. C. ﬁj4x2dx+ ﬁjx4dx . D. 7[.[()62 —Zx)dx.
0 0 0 0 0 0
Cau 106. Thé tich khdi tron xoay khi quay quanh truc Ox hinh phang gii han béi cac duong
y=xlnx,y=0x=e co gia tri bang E(b.e3 —2) trong d6 a, b 12 hai s6 thuc nao dudi day?
a

A.a=27,b=5. B. a=24,b=6. C.a=27,b=6. D. a=24,b=>5.
Cau 107. (Pé tham khao danh gia ning lwe 2021_PH Quéc Gia Ha Noi) Cho (H) 13 hinh phing gi6i
han boi duong y = Jx va y = x*. Thé tich ciia khéi tron xoay tao thanh khi quay hinh (H) quanh truc Ox

bang
AT B. > c.2 p. 2~
10 10 70 70
Cau 108. Thé tich khdi tron xoay khi cho Ehp —+ Z—z =1 quay quanh truc Ox bang
A. i7zc12b. B. i7zaZ)2. C. %ﬁazb. D. —%ﬁabz.
3 3 3 3

Vin dé 2. Ung dung tich phin dé giai quyét bai toan thuc té

Cau 109. Mot tau Itra dang chay v6i van tbe 200 m/s thi nguoi 1ai tau dap phanh ; tir thoi diém do, tau
chuyén dong cham dan déu véi véan toe v(t) =200—20¢ m/s. Trong d6 ¢ khoang thoi gian tinh bang
gidy, ké tir luc bat dau dap phanh. Hoi tir lic dap phanh dén khi dirng han, tau con di chuyén duoc

A. 1000 m. B. 500 m. C. 1500 m. D. 2000 m.
Cau 110. (D¢ thi thir danh gia niing luc 2022-PH Bach Khoa Ha Ngi) Mot 6 t6 dang chay thi ngudi ta
dap phanh. Tir thoi diém d6, 6 t6 chuyén dong cham dan déu véi van toe v( )=a-8t (m/s) trong do ¢
(gidy) 1a khoang thoi gian tinh tir luc bat dau dap phanh va a la mét hing s6 duong. Biét rang tir lic dap
phanh dén khi dimg han, 6 t6 di chuyén dwoc 36m. Khing dinh nao sau dy dung ?

A. ae(18,21). B. ae(25,28). C. ae(15,18). D. ae(23,25)

Cau 111. Hai nguoi 4, B dang chay xe nguoc chidu nhau thi xay ra va cham, hai xe tiép tuc di chuyén
theo chiéu ctia minh thém mot quang dudng nira thi dimg han. Biét rang sau khi va cham, mot nguoi di
chuyén tiép vé6i van toc v,(f) = 6 -3¢ mét trén gidy, ngudi con lai di chuyén véi van toc v, (f) = 12— 4t
mét trén gidy. Tinh khoang cach hai xe khi di ding han.

A. 25 mét. B. 22 mét. C. 20 mét. D. 24 mét.

Cau 112. Mot vat chuyén dong trong 3 gio vdi van toc V(km/ h)phu thudc vao thoi gian ¢ (h) c6 d6
thi van tbc nhu hinh bén. Trong khoang thoi gian 1 gid ké tir khi bat dau chuyén dong, d thi d6 1a mot
phan ctia duong parabol ¢ dinh 7 (2;5) va truc dbi xtmg song song véi truc tung, khoang thoi gian con
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lai d thi 1a mot doan thing song song véi truc hoanh. Tinh quing dudng
ma vat di chuyén duoc trong 3 gio do. 5] 3

Céu 113. Mot vat chuyén dong trong 6 gid v6i van toc v(km / i) phu thudc
vao thoi gian (/)cé do thi nhu hinh duéi. Trong khodng thoi gian 2 gio tir
khi bat dau chuyén dong, d6 thi 12 mot phan duong Parabol c6 dinh 7(3;9)va
c6 truc doi xting song song voi truc tung. Khoang thoi gian con lai, do thi van

toc 1a mot duong thang c6 hé s goc bang % . Tinh quang duong s ma vat di

chuyén duoc trong 6 gio?

Al %(km). B. 9(km). C. 40(km). D. %(km).

Cau 114. Mot nghién ciru chi ra ring sau x thang ké tir bay gio, dan sé cuia thanh phé A s& ting voi toe do
v(x) =10+2+/2x+1 (nguoi/thang). S6 dan tang thém ctia thanh phé trong 4 thang toi gén nhét v&i két
qua nao sau day?

A. 77. B. 47. - C.57. D. 67.

Cau 115. Trong mét dot x4 14, nha may thiay dién Ho H6 da x4 1 trong 40 phut véi toc 6 luu lugng
nuéc tai thoi diém ¢ gidy 14 v(¢) =107+ SOO(m3 / s) . Hoi sau thoi gian x4 1 trén thi hd chtra nuéce cia nha
may da thoat di mot luong nudce 1a bao nhiéu? ) ’

A. 25 triéu khoi nude.  B. 45 triéu khoi nudec.  C. 35 triéu khoi nudc.  D. 30 triéu khoi nude.
Cau 116. Sau ¢ gio lam viéc mt nguoi cong nhan co thé san xuét véi tde do 1a q (z‘) =100+ don vi
san pham trong 1 gio. Gia su nguoi do bat dau lam viéc tir lac 8 gio sang. Hoi ngudi do6 s& san xuat duge
bao nhiéu don vi san phdm gilra 9 gio sang va 11 gio trua? i

A. 201,76 don vi san pham. B. 200,76 don vi san pham.

C. 202,76 don vi san pham. D. 203,76 don vi san pham dong.

Céu 117. Mot cong ty san xuat san pham A, gia sir chi phi can bién khi x san pham dugc san xuat 1a
q (x) = x* —6x* + 40 USD/ san pham. Héi tong chi phi san xuét s& ting 1én bao nhiéu néu san pham san
Xudt ra tang tir 3 san pham dén 7 san pham?
A. 180USD. B. 160USD. C. 108USD. D. 106 USD.
Cau 118. Ban An xdy m6t bé ¢4 hinh tron tim O ban kinh 10m va chia n6 thanh

2 phﬁn nhu hinh vé sau. Ban An sé tha ca canh v&i mat do 4 con ca canh trén 1m?®
& phan bé gidi han boi duong tron tdm O va Parabol ¢6 truc d6i xtmg di qua O va
chira O. Goi § 1a phan nguyén cua dién tich phan tha ca. Héi ban An tha dugc bao
nhiéu con c4 canh trén phan bé ¢ dién tich S, biét 4,B €(0) va AB=12m?

A. 560. B. 650.

C. 460. i D. 640. . .
Cau 119. Mot cai cong hinh parabol nhu hinh v€. Chiéu cao GH =4m, chi¢u rong 4B =4m,
AC = BD =0,9m .Chti nha lam hai canh céng khi dong lai 1a hinh chit nhat CDEF t6 dam gia 1a 1200000
d6éng/m?, con cac phan dé trang lam xién hoa c6 gia 1a 900000 dong/m?>.
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< Vs D

Hoi tong chi phi dé 14 hai phan néi trén gan nhét véi s tién nao dudi day?

A. 11445000 (d6ng). B. 7368000 (dong). C. 4077000 (d6ng). D. 11370000 (d6ng)
Céu 120. (Pé thi thir tot nghiép THPT s¢ GDDPT Ha ndi — 2022). Mot vat chuyén dong trong 10(s)
v6i van toc v(m/s) phu thudc vao thoi gian #(s) co do thi nhu hinh vé& sau:

v

|
|
[ ST ——

I
]
I
3 10 t

Quiéng dudng vat chuyén dong dugc trong 10 gidy bang

A. @m B. ﬂm C. ﬂm D. 6—5m
2 2 2 2
D. SO PHUC.

Vién dé 1. Cau héi ly thuyét.
Cu 1. Cho hai s§ phic z=a+bi (a, beR) va z=d'+b'i (a, beR). Didu kién giita a, b, o', b’ &
z+2' 1amot sd a0 1a
A. b+b =0, B. {“a':O. C. {“a':O. D.a+a' =0.
b+b'#0 b+b'=0
Céu 2. Cho sb phirc z = a + bi (a,b € ]R) tiy y. Ménh dé nao sau day ding?
A. M6 dun cta - 1a mot sb thuc duong.
B.z’ = |z|2.
C. S6 phirc lién hop cia - ¢6 mo dun bang mé dun cia s phirc iz .
D. Piém M (—a;b) 14 diém biéu dién cia Z .
Céu 3. Cho s6 phitc z = a+bi vdi a, b 12 cac s6 thuc bat ky. Ménh dé nao sau day ding?
A.Phan 4o clia - 1a bi. B.Modun ciia z* bang > +5>.

C. z—2Z khoéng phai 1a s6 thyc. D.S6 - va Z ¢6 mddun khac nhau.
Céu 4. Cho s6 phitc z =a+bi (a,beR,a,b#0). Ménh dé nao sau day dang?
A.z-zeR. B. z’ =|Z|2. C. ‘2_2*1‘:1, D. ‘Z; =|z|2.

CAu 5. Cho hai s phttc - va z'. Trong cidc ménh dé sai, ménh dé nao sai?
I B P N e N
Céau 6. Cho sb phirc z = a + bi (a,b € ]R) . Khang dinh nio sau day sai?

A. |z|=Va* +b* . B.Z=a-bi. C. z* 1a sb thyc. D. z.Z 1asd thyc.
. ) Vién dé 2. Cac phép toan sé phic.
Cau 7. Xéc dinh phan 4o cua so phuc z =18-12;.
A. —12. B. 18. C. 12. D. —12;i.
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Cau 8. S6 phtic lién hop cta s6 phitc z=1-2i 1a

A 1+2i B.—1-2i C.2-i D.—1+2i
Cau 9. Tinh médun cia sb phirc z =4—-3i.
A. |z|=7. B. |z|=\/7. C. |Z|=5. D. |Z|=25.

Cau 10. Cho sb phie 2z, =1+i va z,=2-3i. Tim s6 phirc lién hop cia s6 phiec W=z, +2,2

A w=3-2i. B.w=1-4i. C.ow=-1+4i. D. w=3+2i.
Cau 11. (KY THI TOT NGHIEP THPT QUOC GIA - DQT 1 - NAM 2020 -2021)

Cho s0 phtic iz =5+4i . SO phirc lién hop cua - la

A. zZ=4+5i B.z=4-5i. C.z=—-4+5i D. z=4-5i

Cau 12. (KY THI TOT NGHIEP TRUNG HQC PHO THONG NAM 2020)
Cho hai s6 phic z=142i va w=3+i. Médun ctia s0 phic zw bang

A 52 B. V26 C. 2 D. 50.
Cau 13. Tinh mddun cta s6 phirc z=(1-2i)[2+i+i(3-2i)].
A. |z|=4\/ﬁ. B. |Z|=4\/§. C. |z|=160. D. |z|=2\/ﬁ.
Cau 14. Biét =a+bi, (a,b€R). Tinh ab.
3+4i
12 B. - 12 c.-12 . 12,
625 625 25 25
Cau 15. Cho s6 phitc z=1+i. Khi 6 |2’ | bing
A V2. B. 2.2. C. 4 D. 1.
Céu 16. Tinh mddun cta sd phite 1a nghich dao cua s phirc z=(1-2i )2 .
1
A —=. B. 5. c. L. p. L.
NG 25 5
A Lo 1 N3
Cau 17. Cho so0 phuc z = —5+71 . Tim s6 phttc w=1+z+ z>.
. 1 3
A 23, B. 1. C. 0. D. —§+§i.
2022 2022
Ciu 18. TinhP=‘1+\/§i‘ +‘1—\/§i
A.P=2 B.p=2"" C.p=2" D.p=2*"*
Cau19.Tinh S =1+i+i* +...+ 2% + %%
A, S=-i. B. S=1+i. C.S=1-i. D. S=i.
Cau 20. Tinh § =1012+i+2i* +3i° +...+2023i*% .
A. S=2022-20231. B. 2022 +2023i. C. -2023-1012i. D. 1012+1011;.

Cau 21. Cho céc sb phirc Z,, Z,, Z; thoa man: |Zl| =4, 22| =3, z3| =2 va |4le2 +16z,z, +9le3| =48.
Gia tri ctia biéu thirc P= |Z1 +z, +Z3| bang:

Al B. 8. C.2 D. 6
Cau 22. Cho céc sé phtic Z,, Z,, Z; théa man 2 diéu kién |Zl| =|Zz| =|ZS| =2023 va z,+2z,+z, #0.

B |zlz2 +z,z, + 2,2, |

Tinh p = .
Zl + 22 + Z3
A. P=2023. B. P=1008,5. C. P=2023% D. P=6061.
. . . Si
Cau 23. Cho s6 phtrc - thoa man |Z| =1. Tim gi4 tri 16n nhat cta biéu thirc 4=|1+—].
z
A. 5. B. 4. C. 6. D. 8.
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Cau 24. Cho sb phtic - théa man |Z| =1. Tim gia tri 16n nht cia biéu thie P= |l +Z| +3|l —Z|.

A. W15, B. 6V5. c. . D. 2/20.

Cau 25. Trong cac sé phirc - théa min |Z—i| =|E—2—3i| . Tim s6 phtic - ¢6 modun nhé nhét.
A. Z:2—7+9i. B.z=—--=. C. Z——é-i-—l D.z==——;.
5 5 5 5 5 5 55

Céu 26. Cho s6 phirc - thod man ddng thoi hai didu kién |z —3—4i|=+/5 va bidu thirc
= |z + 2|2 —|z —i|2 dat gia tri 1on nhit. Modun cua s phitc z—2 —i bang

A NS, ' B. 9. ' C.25. D. 5.
Cau 27. (KY THI TOT NGHIEP THPT QUOC GIA — POT 1 - NAM 2020 -2021)

Xét céc s6 phirc z,w théaman |z|=1 va |w|= 2. Khi |Z+iw—6—8| dat gia trj nhé nhat, Z—W bang

V221 29
A B. V5. C.3. D. ~—.
Vién dé 3. Phuong trinh bac nhét - bic hai trong tap sé phic
Cau 28. Trén tap s phirc, cho phuong trinh: az> + bz + ¢ =0 (a, b, ceR). Chon két luan sai.
A.Néu b =0 thi phuong trinh ¢ hai nghiém ma tong bang 0.
B. Néu A = b’ — 4ac < 0 thi phuong trinh c6 hai nghiém ma modun bang nhau.
C. Phuong trinh ludn c6 hai nghiém phtc la lién hop ctia nhau.
D. Phuong trinh luén c6 nghi¢m.
Cau 29. Cho sb phtic - théa man (2—1') z—2=2+43i. Mddun cua : la:

5\/_ sﬁ

A. |7=5. B. |z|= C.lz=== D. ||
Cau 30. Tim m6 dun cua sb phic zthoa 3iz+(3-i)(1+i)=2
J_ 32 \/5 243
A J= B.|4-22. c.l=22 .| =22

Cau 31. Tinh m6 dun cua s phirc - biét (l+2i) 22 =3+4i.

A. |Z|=\/§. B. |Z|=%. C. |Z|=2\/§. D. |Z|=
Cau 32. Phuong trinh 22 +32z+9 =0 c6 hai nghiém phuc Z;, Z,. Tinh S=z2,+z +2,.

A. S=-6. B. §=6. C.S=12. D. S=-12.
Céu 33. (Dé tham khio BGD nim 2017-2018) Goi Z; va Z, 14 hai nghiém phirc ctia phuong trinh
42> —4z+3=0.Gia tri ctia biéu thirc |7,]+|z,| bing

A. 342. B. 2\3. C. 3. D. V3.

Cau 34. Goi Z, va Z, 1a hai nghiém phtic ciia phuong trinh 2> — 6z +11=0. Gia tri cia biéu thirc

|3Z1| —|Zz| bang

A. 22, B.11. C.2\/11. D. J11.
Cau 35. Goi Z;, Z, la hai nghi¢m phurc ciua phuong trinh z* —2z+2=0. Tinh 7 = |22018|+|22018|
A.T=0. B. T =2"". C.T=1. D. 7 =2""",

Cau 36. (KY THI TOT NGHIEP TRUNG HQC PHO THONG NAM 2020)

Goi Z, 1a nghiém phirc c¢6 phan a0 duong cta phuong trinh z2 + 6z +13 = 0. Trén mat phang toa do,
diém biéu dién sb phiuc 1—2, 1a

A. N(-2;2) B. M(4;2) C. P(4-2) D. 0(%-2)
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Cau 37. Cho Mla s6 thuc, biét phuong trinh z> + mz+5=0 c6 hai nghiém phirc trong d6 c6 mot nghi¢m
¢6 phéan 4o 1a 1. Tinh tong médun cta hai nghiém.

A3 B. /5 c. 25 D. 4
Cau 38. Tim téng cac gia tri cta tham sb thuc @ sao cho phuong trinh 2> + 3z + > — 24 = 0 ¢6 nghiém
phuc Z, thoa |ZO| =2,

A. 0. B. 2. C. 6. D. 4.

Van dé 4. Diéu kién cua bai toan c6 chira modul, so phirc lién hop

Cau 39. Néu 256 thuc X, y thoa: x(3+2i)+y(1-4i)=1+24i thi x+y bang

A. 4. B. 3. C. 2 D. 3.
Cau 40. Tim sb thuc M sao cho (m2 —1)+(m+1)i 1a 86 ao.
A. m=0. B. m=1. C. m==1. D. m=-1.
Ciu 41. C6 bao nhiéu s6 phitc - thoa man (1+i)z+(2—i)z=13+2i?
A. 4. B. 3. C. 2 D. 1.
Cau 42. C6 bao nhiéu s6 phuc - thoa man |Z| =|Z +E| =1?
A. 0. B. 1. C. 4 D. 3.
Céu 43. Tim s6 phirc - théa man |Z—3| =|Z—1| va (Z+2)(E—i) 1a s6 thuc
A.z=2 B. z=-2+2i C.z=2-2i D. khong c6 :
Céu 44. Cho s6 phirc Z=a+bi(a,beZ) thoa man |Z+2+5i| =5va zz=82.TinhgidtrickaP=a+b.
A. 10 B. 8 C. 35 D. -7
Ciu 45. Cho s phtic z = a+bi (a, beR) thoaman z+1+3i—|z[i=0. Tinh S =a+3b.
A.s:; B.S=-5. C.S=5. D.S:—;

Cau 46. (D& tham khio BGD nim 2017-2018) Cho s6 phic z =a+bi (a,b€R) théa man
z+2+i—|z|(1+i) =0 va |Z| >1.Tinh P=a+b.
A. P=-1. B. P=-5. C. P=3. D. P=7.
Céu 47. Cho hai s6 phtic Z,, Z, thoa man |Zl| =1,
A. 0. B. 1. C.2 D. 3.
Céu 48. Tim modun cita s6 phire - biét z—4 =(1+i)|z|—(4+3z2)i.

22|=2 va |Z1 +zz|:3. Gia tri cia |zl—zz| la

A-fz]= - B.|4=2. C. |4=4. D. |{=1.
Cau 49. Tinh modun ciia s phiic - thoa man: 3Z.Z+2017(Z—E) =48-2016i.
A. |2=4. B. |2|=~/2016. C. |z|=~2017.. D. |2=2.

Cau 50. Cho sb phuc : thoa mﬁnli 1a s6 thue va |Z—2| =m voi m e R . Goi M} 1a mét gia tri cia M
z

dé c6 dung mot sd phirc thoa mén bai toan. Khi do:

1 1 3 3
A. m, 6(0;5]. B. m, E(E;IJ. C. m, 6(3;2]. D. m, e(l;aj.

Van dé 5. Piem bié¢u di€n ciia so phirc

Cau 51. Gia st 4, B theo thir ty 1a diém biéu dién ctia s6 phuc Z,, Z,. Khi d6 do dai doan AB bang
A. |z, +z)]. B. |z,—z|. C. |z|+|z,]. D. |z,|-|z,|.
Cau 52. Trong mit phing phirc, goi M 13 diém biéu din cho sb phirc (Z —;)2 voi z=a+bi
(a, beR b+ 0) . Chon két luan ding.
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A. M thudc tia Ox .
C. M thudc tia dbi cta tia Ox .

Céu 53. Diém M (3;—1) 1 diém biéu dién cua s phirc ndo sau day?

.
A. z=—143i B. z=1-3i M '
C.z=3-i D.z=-3+i oo 1

Céu 54. (Pé tham khao BGD niam 2017-2018) Diém 1 trong hinh v& |

bén 1a diém biéu dién sb phirc : OI ;
A, z=-2+1i. B. z=1-2i. =
C. AOAB = AOCB =AOAC. D. z=1+2i. YA

Cau 55. Trong hinh v& dudi ddy, M 1a diém biéu dién cta s6 phuc .

S6 phuc = 1a | — M
A.2-i. B. 1+2i. !
C.1-2i. D. 2+i. -

Céu 56. Diém nao trong hinh v& dudi ddy 1a diém biéu dién cua sé phirc & 2 X

z=(1+i)(2-i) 2 T
A. P. ool- "

B. M. o

C. N. S N &

D.o. - _}‘ : :| 2 i .
1

Céu 57. Cho s6 phirc - thod man (2+i)z=10-5i. Hoi diém biéu dién R

s6 phirc - 1a diém nao trong cac diém M, N, P, ¢ trong hinh v& sau ? N M
A. Dbiém ¢ . B. Piém M.

C.Diém P . D.Piém N. S = —

Céu 58. Cho so0 phirc z=2—1i. Trén mat phang toa do Oxy, tim diém biéu dién s6

phuc w=iz. P b
A M(-1;2). B. M(2;-1). !
C. M(21). D. M(1;2).

B. M thugc tia Oy .
D. M thudc tia d6i ciiatia Oy .

Céu 59. Cho s6 phtic - thoa man iz+2—i=0. Khoang cach tir diém biéu dién cua - trén mit phang toa

do Oxy dén diém M (3;-4) 1

A5, B. V13, c. 210,

Cau 60. Cho s6 phtic - thoa man diéu kién Z—(2+3i)E =1-9i.S6

, 5 1oz N ST S TP \ Y
phuc w = = c6 diém bicu dién la diém nao trong cac diém

iz
A, B, C, D & hinh v¢& sau?
A.Diém D. B. biém C .
C.DPiém B . D. biém 4 .

Céu 61. S6 phuc - duge biéu dién boi mot diém trén mit phing toa do
Oxy nhu hinh vé:

..lv

D. 242.
yA
C 1 D
-1 <X
-2 o 2
B 2 2
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Trong cac hinh dudi dy, hinh nao c6 thé 1a diém biéu dién cua sé phitc & = £ ?
z
y
1 y
w
) 1 X
1 X
w
A. B
y
y -
o =
0 1 x 0 1 x
@
C. D.

Vin dé 6. Van dung cac tinh chit hinh hoc dé giai toin vé s6 phirc
Cau 62.Cho 4, B, C tuong tmg 1 cac diém trong mit phing Oxy biéu dién cac séz, =1+2i,
z, =—2+5i, z; =2+4i . S} phirc - biéu dién boi diém D sao cho tir gisc ABCD 14 hinh binh hanh 1a

A, —1+7i. B. 5+i. C.1+5i. D. 3+5i.
Céu 63. (Pe thi PGNL — PHQGHN - 2022). Trong mat phang Oxy, goi 4,B,C theo thur tu 1a diém

bidu dién cua céac s6 phic z, =3+, z, =—3+4i, z, =1. Toa d¢ trong tim G cua tam giac ABC la

A (0:2). B. (0-2). . ng D. (2:0).
Zl—Zz|=5.GQi A, B lan luot 1a cac

22|:4,

Cau 64. Cho céac sd phuc Z;, Z, théa min |Zl| =3,

diém biéu dién s6 phtic Z,, Z, trén mit phang toa do. Tinh dién tich S ctiia AOAB véi O 1a gde toa do.

A S=5Y7. B. S=6. C.S:22—5. D.S=12.

Ciu 65. Cho hai s6 phitc Z, Z, thoa man |z|=|z,|=1. Khi 6 |z, + 2, +|z - z,| bang

A. 2. B. 4. C. 1. D. 0.
Cau 66. Cho 4, B 1a hai diém biéu dién hinh hoc s6 phuc theo thir tw Z,, Z, khic 0 va thoa man dang
thic Zé +le =2z,z,. Tam giac OAB la tam gi4c gi? Chon phuong 4n dung nhat.

A. béu B. Can tai O C. Vuong tai O D. Vudng can tai O
Cau 67. Cho hai s6 phtic Z;,Z, thoa min |Zl| =6,
Biét MON=60°. Tinh T =|z} +9z3).

A. T=18. B. T=24/3, C.T=36v2. D. T=36J3.
Cau 68. (D& tham khio danh gia ning lwe 2021-DH Quéc Gia Ha Ngi) Xét cac so phirc - thoa man
|Z+2+i| :|Z+i| . Tap hop diém biéu dién cac sé phuc - 1a dudong thing c6 phuong trinh

A x-y+1=0. B. x+y+1=0. C. x+1=0. D. 2x+2y+3=0.

Zz| =2.Goi M,N lacac diém biéu dién cho Z, va z,.

Cau 69. Cho s6 phtic z = x + yi (x,y E]R) thoéa man Z+2—i—|z|(l—i) =0. Trong mit phang toa do
Oxy , diém M 1a diém biéu dién ctia s phirc -. Hoi M thudc duong thang c6 phurong trinh nao sau day?
A x-y+5=0. B.x-y+2=0. C.x+y-2=0. D. x+y+1=0.
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Céu 70. Trén mjt phing Oxy, tap hop diém biéu dién s6 phitc - thoa man |z—i|=|iz| 1a

A. Duong thing y = 2. B. Pudng thing = _%.
C. Puong thing y :%. D. Puomg tron tam 1(0; 1).
Cau 71. Tap hop tat ca cac diém biéu dién cac sé phirc -thoa mén: ‘E +2- i‘ = 4 la duong tron c6 tam [

va ban kinh R 1an lugt 14
A. I(-2-1);R=4.  B.I(-2-1);R=2.  C.1(2-1);R=4. D. I(2-1);R=2.
Ciu 72. Cho s6 phtic - thoa man diéu kién |z—3+4i|<2. Trong mit phing Oxy tip hop diém biéu dién

sO phttc w=2z+1—i 1a hinh tron c6 dién tich Ia

A. §=9r. B. S=12r. C.S=16r. D. §=25x.
, . L x . \ z
Cau 73. Trong mat phang Oxy, tap hgp cac diém bicu dién cac so phuc - thdéa man diéu kién 1‘ =3
Z—
la
e e, ., 9 9 e e, ., 9 9
A. Duong tron x* + y _Zx_gzo. B. Duong tron x° + y _Zx+§:0.
. e, . 9 9 . n 9 . 1
C. Duong tron x* + y +Zx+§:0. D. Puong tron tam / O,g va Rzg.

Ciu 74. Cho cic s6 phitc - thoa man |z—i|=5. Biét ring tap hop diém biéu dién s6 phtc w=iz+1i Ia
dudng tron. Tinh ban kinh cta duong tron do.

A =a=-9. B.r=22. C.r=4. D.r=5.
Cau 75. Cho s6 phirc - théa méan (z-2+ i)(Z— 2- i) — 25 . Biét tap hop cac diém M biéu dién s6 phirc
w=2z-2+3i ladudng tron tm I(a;b) va ban kinh C. Gia trj ciia a+b+c bang

A.17. B. 20. C. 10. D. 18.
Cau 76. Tim tap hop cac diém biéu dién cac s phirc - thoa man dicu kién |Z —2| + |Z + 2| =10.

2 2

X
A. Puong tron (x—2)° +(y+2)" =100. B. Elip EerT:l'
XZ y2
C. Buong tron (x—2)2+(y+2)2=10, D.Elip —+=—=1.
25 21
. . z—i+1|=2
Cau 77. C6 bao nhiéu s6 phtrc : théa man diéu kién iz —i-+1] ?
|z—1|:|z+2i|
A.2. B. 0. C. C6 V6 86 86. D. 1.

Cau 78. Cho s6 phiic - théa man |Z—1| =2.Goi M va m la gia tri 16n nhat, nho nhét cia |Z| Tinh
M+m.

A. 3. B. 2. C. 4 D. 5.
Cau 79. Cho sb phtic - théa man |Z—1+2i| =3. Tim mddun nho nhét cia sb phirc z —1+1.
A. 4. B. 24/2. C. 2. D. /2.

Ciu 80. Cho cic s6 phitc - thoa man |2/ =2. Dat w=(1+2i)z—1+2i. Tim gi4 tri nho nhét cia |}.

A. 2. B. 3\/3. C. 2x/3. D. \/E,

Céau 81. Cho s6 phiic - thoa man: |Z+2i —1| = |Z +i| . Trong mit phang Oxy, - dugc biéu dién béi diém
M. Tim - sao cho do dai doan MA ngan nhét véi A(l,3) .

A 3+i. B. 1+3i. C.2-3i. D. -2+3i.
Céu 82. Néu - 14 56 phic thoa [2| = |- + 2i] thi gié trj nho nhdt clia biéu thue |z —i]+|z—4] 1a
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A2 B. V3. c.4 D. 5.
Ciu 83. Cho s6 phirc - théa man 5|z—i =|z+1-3i|+3|z—1+1|. Tim gia ri 16n nhdt M cua |z—2+3i] 2

A.M:% B. M=1+/13 C. M=4J5 D. M =9
Ciu 84. Cho 56 phtic Z;, 2, théa man |z =12 va |z, —3—4i| =5. Gi tri nho nhét ciia |7, —2,| 1

A. 0. B. 2 C.7 D. 17

\ ‘ . +i .
Cau 85. Goi M va m lan luot la gia tri 1én nhat va nho nhat cua P = Tt , VO1 7 1a s0 phure khac 0 va
z
thoa man |2 >2. Tinh ty s6 2.
m
AM_s B. M _; c.M_3 pM_1
m m m 4 m 3
PHAN IL HINH HQC o
Van dé 1. Hé toa do trong khong gian.

Cau 1. Cho O4=2i+4/—6k va OB=9i+7]+4k . Vecto AB cb toado la

A. (7;3;10). B. (-7;-3;-10). C. (11;11;-2). D. (7;-3;10).
Céu 2. Cho doan thang AB ¢6 trung diém 7. Biét A4(2;1;-1), 1(1;2;0). Khi do diém B c6 toa dd 1a

A. (L-L-1). B. (3;0;-2). C. (0;3;1). D. (-LL1).
Céu 3. Cho hinh binh hanh ABCD, biét A(L1;1), B(—2;2;3), C(—5—2;2). Toa do diém D 1a

A. (-2;-30). B. (2;3;4). C. (—23;0). D. (—8—14).
Céu 4. Cho diém 4(3;-1;1). Hinh chiéu ctia diém A trén mt phang (Oyz) 14 diém

A. M(3;00). B. N(0;-L1). C.P(0;-1;0). D.P(0;0;1).

Cau 5. Cho diém M (l; 2;3) .Goi H 1a hinh chiéu vudng goc ctia M trén truc Oz. Diém ddi xing véi
M qua H c6 toa do:

A. (0;0;3). B. (1,2;-3). C. (-1-2;-3). D. (-1-2:3).
Cau 6. Cho hai diém B(0;3;1), C(—3:;6;4). Goi M 1a diém nam trén doan BC sao cho MC =2MB.
Tinh toa d6 diém M .

A M(—1;4;,-2). B. M(—1;4;2). C. M(1;—4;-2). D. M(—1;—4;2).
Céu 7. Cho ba diém A(2;-1;1); B(3;-2;-1). Tim toa do giao diém cta duong thang AB va mt phang
(yOz)?

A G;_%;oj B. (0;-3;-1) C. (0;1;5) D. (0;-1;-3)

Cau 8. Cho véc to a=(2;—2;—4),b=(L;—1;1). Ménh dé nao dudi day la ménh dé sai?
A.a+b=(3-3-3). B.a vab cingphuong. C. ‘l; =43. D.alb..

Cau 9. Cho séu diém 4(1;2;3), B(2—1;1),C(3;3;—3),4’,B',C’ théa min A’A+B'B+C'C=0. Goi
G'(a;b;c) 1a trong tam tam giac A’B'C’. Gia tri 3(a +b+ c) béng

A. 6. B. 1. C.11. D. -3.
Cau 10. Cho A(-1;-1;0), B(3;1;—1). Diém M thugc truc Oy va cach déu hai diém 4, B c6 toa d¢ la:
A. M 0;—2;0 . B. M 0;2;0 . C. M O;—E;O . D. M 0;2;0 .
4 2 2 4
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Cau 11. Cho ba diem A(1;1;1), B(—1;1;0),C(3;1;—1). Diém M (a;b;c)trén mit phing (Oxz)cach déu 3
diém 4,B,C . Gia tri 3(a+b+ c)bang

A. 6. B. 1. C. 3. D. —1.
Cau 12. Cho hai diém M (2;2;1), N[—g;g;g]. Tim toa d6 tim dudng tron ndi tiép tam gisac OMN .
A. I(1;1;1). B. 1(0;1;1). C. I(0;—L;—1). D. I(1;0;1).

Cau 13. Cho tam giac ABC c6 A(l; 2;—1), B(Z;—l;3), C(—4;7;5). Goi D(a;b;c) la chan duong phan
giac trong goc B cua tam giac ABC . Gia tri ctia a +b+2c bang

A. 5. B. 4. C. 14. D. 15.
CAu 14. Cho hinh hop ABCD.A'B'C'D' ¢6 A(0;0,0), B(a;0;0); D(0;2a;0), A'(0;0;2a) véi a#0. D
dai doan thang AC' la:

A.Jd. B. 2[a]. C. 3ld[. . 2Jal
Cau 15. Goc giira hai vecto iviu= (—\/3; 0;1) la
A. 120°. B. 30°. C. 60°. D. 150°.
Cau 16. Cho ba diém A(-1;-2;3);B(0;3;1);C(4;2;2) . Cosin ciia goc BAC bang
ap—— B. c. . P
V35 2435 35 2435

Cau 17. Cho A(1;2;0), B(2;—1;1). Tim C c6 hoanh d¢ dwong trén Ox sao cho tam giac ABC vudng
tai C.

A. C(3;0;0). B. C(2;0;0). C. C(1;0;0). D. C(5;0;0).
Céu 18. Cho ba diém khong thing hang A4(-1;2;4), B(-L;1;4), C(0;0;4). Tam giac ABC 1a tam giac

gi? .
A. Tam giac tu. B. Tam giac vuong. C. Tam giac déu. D. Tam giac nhon.

Cau 19. Cho ba diém M(2;3;—1), N(—l;l;l) , P(l;m—l;3). Tim m thi tam gidc MNP vudng tai N
A.m=3. B. m=1. C.m=2. D. m=0.
Cau 20. Cho hai vecto ZZ,B khac 0. Két ludn nao sau day sai?

Ala3b]|=3[ab). B.[2a,b]=2[a,b].
C.[3a,35]=3[a,b]. D. ((a.b]=|d| p|.sin(a.5).
Cau 21. Cho u = (1;152), v=(~Lmsm—2). Khi 6 [u,v]|=i4 thi

A.mzl,m:—%. B.m:—l,m:—l?,—l. C.m=1lm=-3. D. m—=-—1.

Cau 22. Cho A(1;-2;0), B(1;0;-1), C(0;—-1;2), D(=2;m;n). Trong cac h¢ thirc lién h¢ gitta m,n dudi day,
hé thirc nao dé boén diém 4, B, C, D ddng phang?

A. 2m+n=13. B. 2m—-n=13. C. m+2n=13. D. 2m-3n=10.
Cau 23. Trong khong gian Oxyz cho tir dién ABCD c6 A(O;l;l), B(—l; 0;2), C(— 1;1;0) va
D(2;1;—2). Tinh thé tich khéi t& dign ABCD.

A B.S. c. D.2.

6 2 3

Céu 24. Cho tir dién ABCD ¢6 A(0;1;—1); B(1;1;2);C(1;—1;0); D(0;0;1). Tinh d¢ dai duong cao AH
cua hinh chop 4.BCD .
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A3V2. B.2V2. £ D.ﬁ.

2 2
Cau 25. Cho tir dién ABCD ¢6 A(2;—l;l), ( ) , C( ) D € Oy va c6 thé tich bang 5.
Tinh tong tung d6 cta cac diém D.
A. —6. B. 2. C.7. D. —4.

Céu 26. Cho hai diém 4(9;-3;4),B(a;b;c). Goi M,N,P lan lugt 14 giao diém ciia dudng thing AB
vO1 cac mat phfmg (Oxy) , (Oxz) ,(Oyz). Biét cac diém M, N,P déunam trén doan AB sao cho
AM = MN = NP = PB . Gia tri ciia ab+bc+ca bing

A. —17. B.17. C. 9. D. 12.

Cau 27. (Pe thi TNTHPT nam 2022)Trong khong gian Oxyz, cho diem A(1;2;2). Goi (P) la mat
phfmg chira Ox sao cho khoang cach tor 4 dén mat phfmg (P) 16n nhét. Phuong trinh mat phéng (P) la:
A.2y-z=0. B.2y-z=0. C.y-z=0. D. y+z=0.

Cau 28. Cho A4(1;-2;3);B(2;2;4);C(3;-3;2). Tim toa do diém M trén mit phang (Oxy) sao cho:

MA + MB + MC| ngin nhit?

A. M (2;1;0) B. M (2;-1;0) C. M (0;-1;3) D. M (2;0;3)
Céu 29. Cho ba diém A(-1;,2;2), B(3;—-1;-2), C(~4;0;3). Toa do diém / trén mit phang (Oxz) sao
cho biéu thirc ‘ﬂ ~2IB+ 31‘6\ dat gid tri nho nhét la

PN B.1[-2.o-B) e [2o12 . 1| 2.0-1,
2 2 2 2 2 2 2 2
Cau 30. Cho 4(0;0;-1), B(-11;0), C(1;0;1). Tim diém M sao cho 3MA*> +2MB*> — MC* dat gié tri

nho nhét.

N R G T N F O WU SR O W BN
4 2 4 2 4 2 4 2
Cau 31. Cho cac diém A(-1;2;3), B(6;-5:8) va OM = ai +bk v6i a, b 1a cac sb thuc ludn thay dbi.
Néu ‘m —2]\%‘ dat gia tri nho nhét thi gia tri ciia a —b bang
A. -25. B. —-13. C.0. D. 26.
Vin dé 2. Phuong trinh mit phing trong hé truc toa d Oxyz.
Cau 32. Cho mit phang (P) :x—2z+1=0. Chon cau diing nhat trong cic nhan xét sau:
A. (P) di qua goc toa dd O. B. (P) song song véi (Oxy).
C. (P) vudng goc véi truc Oz. D. (P) song song vai truc Oy .
Cau 33. Bamit phang x+2y—z—-6=0, 2x— y+3z+13=0, 3x—2y+3z+16 = 0cit nhau tai diém M .
Toa d0 cia M la:
A M (-1;2;-3). B. M (1;-2;3). C.M(-1;-2;3). D.M (1;2;3).
Céu 34. Goi m,n 1a hai gié tri thyc thoa mén: giao tuyén ciia hai mét phang (2, ):mx+2y+nz+1=0 va
(0,):x—my+nz+2=0 vudng goc v6i mit phang (a):4x—y—6z+3=0.
A. m+n=0. B. m+n=2. C. m+n=1. D. m+n=3.
Cau 35. Cho diém H (2;1;2), H 1ahinh chiéu vuong goc ciia goc toa @ O 1én mat phang (P), sb do
gbc cia mit phang (P) va mat phang (Q):x+y—11=0.
A. 60°. B. 30°. C. 45°. D. 90°
Céu 36. Cho cac diem 4(2;0;0), B(0;3;0), C(0;0;6), D(1;1;1). C6 bao nhiéu mit phang phan biét
di qua3trong5diém O,A,B,C,D?
A. 10. B. 5. C.7. D. 6.
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Céu 37. Mit phang (Oxy) c6 phuong trinh 1a

A. z=0. B. x=0. C. y=0. D. x+y=0.
Cau 38. Mit phang song song voi mit phang (Oxz) va di qua diém A(1;1;1) c¢6 phuong trinh 1a
A. y—-1=0. B. x+y+z-1=0. C. x-1=0. D. z-1=0.

Céu 39. Cho A(1;-1;5), B(0;0;1). Mt phang (P)chtra 4, B va song song véi truc Oy c6 phuong
trinh 1a
A. 4x—z+1=0. B. 4x+y—-z+1=0. C.2x+z-5=0. D. x+4z-1=0.
Cau 40. Cho hai diém 4 (1;3;-4), B(-1;2;2). Phuong trinh mat phang trung truc ctia doan thang AB 14
A. 4x+2y-12z-17=0. B. 4x+2y+12z-17=0.
C.4x-2y—-12z-17=0.D. 4x-2y+12z+17=0.
Cau 41. (KY THI TOT NGHIEP TRUNG HQC PHO THONG NAM 2020)
Trong khong gian Oxyz, cho ba diém A(3;0;0), B(0;1;0) va C(0;0;,-2). Mat phéng (4BC) ¢b

phuong trinh 1a
Y WENRRANIENS B TP A R c.i+2iZon, D. —+2+Zo
3 -1 2 31 =2 31 2 -3 1 2

Céu 42. Cho diém A(2;4;1); B(-1;1;3) va mit phang (P):x—3y+2z—5=0. Mot mit phing (Q) di
qua hai diém 4, B va vudng géc voi mit phang (P) c6 dang ax +by +cz—11=0. Khang dinh nio sau la
dang?
A. a+b+c=5. B. a+b+c=15. C.a+b+c=-5. D.a+b+c=-15.
Céu 43. Cho diém 4(-2;0;—2), B(0;3;—3). Goi (P) 1a mit phang di qua 4 sao cho khoang cach tir
B dén mit phang (P) 1a 16n nhat. Khoang cach tir gc toa do dén mit phang (P) bang
1 4 2 3

Céu 44. Mat phing () di qua goc toa do O va vudng gbc véi 2 mit phang (P):x—y+z-7=0,
(0):3x+2y-12z+5=0 c6 phuong trinh la

A. (a):2x-3y-z=0. B.(a):10x-15y+5z+2=0.

C. (a):10x+15y+5z-2=0. D. (a):2x+3y+z=0.
Cau 45. Cho 2 mat phang (@):x+y+z-3=0;(f):2x—y+z+1=0. Viet phuong trinh mat phang (P)
vudng goc véi («)va (f)va khoang cach tour M (2;—3;1)dén mit phang (P) bang J14. C6 hai mat phang
théa man la:
A. (B)x+2y-3z+16=0va(PR)
B. (P1)2x+y—32—16=0Vé(Pz)
C. (1’1)2x+y—3z+16=0V2‘1(Pz)2x+y—3z—l2=O

D. (Pl)x+2y—3z—16=0 va (1’2)2x+y—32+12=0
Cau 46. Cho mat phang (P): x+2y+2z—-10=0. Phuong trinh méat phang (Q) vai (Q) song song vdi (P)

x+2y-3z-12=0
2x+y-3z+12=0

va khoang céch giita hai mat phang (P) va (Q) bang % la

A, x+2y+2z-3=0;x+2y+2z-17=0. B. x+2y+2z4+43=0;x+2y+2z+17=0.
C. x+2y+2z43=0;x+2y+2z-17=0. D. x+2y+2z-3=0;x+2y+2z+17=0.

Cau 47. Phuong trinh ciia mp di qua ba diém A(1;0;0), B(0;—1;0), C(O;O;%] la

A x—y+2z-1=0. B. x-y+2z=0. C.x—y+2z+1=0. D.x—y+§—1=0.
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Céu 48. Viét phuong trinh mét phang (P) di qua diém G(1;2;3) va cdt ba truc Ox,Oy, Oz lan luot tai
A, B,C sao cho G la trong tam tam gidc ABC.

A x+2y+3z-14=0.B. Z+2+Z =1 C.2+Z+Z=1.p. 2+2422
36 9 1 2 3 6 3 9

Cau 49. Cho diém M (1;2;5). Mat phang (P) di qua diém M cat truc toa dd Ox,0y,0z tai 4,B,C sao
cho M 1 tryc tm tam gidc ABC . Phuong trinh mét phang (P) la

A x+y+z-8=0. B. x+2y+5z-30=0. C.§+§+§=O. D.f+l+§=1.
Cau 50. Cho diém A(1; 2; 3). Goi A4, 4, 4 1an lugt 14 hinh chiéu vudéng goc cia A 1én cac mit phang
(Oyz), (0zx), (Oxy). Phuong trinh ciia mt phang (4,4, 4,) la:

Ay 2o B. 2+2+2o1. c.i+24Zon D. 2+ 220,
3 6 9 2 4 6 1 2 3 1 2 3

Céu 51. Cho diém M '(4;-7;-5), N(3;-9;-10) va cdc dudng thang d,, d,, d, cung di qua di€ém N va
lan lugt song song véi Ox,0y,0z . Mit phang (P') diqua M ' cét d,, d,, d; lanluot tai A", B', C' sao
cho M ' 1a truc tim A4'B'C". Phuong trinh mit phang (P') 1a

A x+2y+52-35=0. B.x+2y+5z+35=0. C.2+2+Z-0. D2+ 21,
i 4 -1 5 4 -7 =5
Cau 52. Cho diiém A(3;-1;1). Tinh khoang cach tor A4 dén mat phang Oxy .
A. 1. B. 3. C. 0. D. 2.

Céu 53. Cho mit phing (P):16x—12y—15z—4=0 vadiém A(2;-1;-1). Goi H 1a hinh chiéu cta
diém A4 1én mit phang (P). Tinh d¢ dai doan thang AH .
A.S. B. E C.H. D.2 .
5 25 5
Chu 54. Cho diém M (1;2;3) goi 4, B,C lan luot la hinh chiéu vuéng goc cia diém M 1én céc truc
Ox, Oy, Oz . Khi d6 khoang céch tir di€ém O(0;0;0) dén mit phing (ABC) ¢6 gid tri bang
AL B. V6. c.t. D. L

2 7 NIYR
Ciu 55. Cho tir dién ABCD v6i A(1;2;3),B(-3;0;0),C(0;-3;0),D(0;0;6). Tinh d6 dai dudong cao ha
tir dinh 4 cua ta dién ABCD.
A. 9. B. 1. C.6. D. 3.
Céu 56. Cho hai mit phang (P):5x+5y—5z—-1=0va(Q):x+y—z+1=0.Khoang cich giita hai mit

phang (P) va (Q)bang

A 2B B2 2 p. 23
15 5 15
Céu 57. Cho A(1;0;0), B(0;5;0), C(0;0;¢), (b>0,c>0) va mitphang (P):y—z+1=0. Tinh

S =b+c biét mat phang (ABC) vudng gbc véi mit phing (P) va khoang céch tir O dén (ABC) bang
1

5 .

A. S=1. B. S=42. C. 5=0. D.S:%.
Cau 58. (D€ thi tot nghiép THPT 2022). Trong khong gian Oxyz , cho diém A(1;2;-2). Goi (P) la mit
phang chira truc Ox sao cho khoang cach tir 4 dén (P) 16n nhat. Phuong trinh cua (P) la:

A.2y+z=0. B.2y—-z=0. C.y+z=0. D. y-z=0.
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Céu 59. Trong khong gian Oxyz, cho diém 4(-3;2;5) va mit phing (P):2x+3y—5z-13=0. Tim toa
d6 diém A’ dbi xtg véi diém A qua mat phang (P).

A. 4'(1;8,-5) B. 4'(2;-4;3) C. A'(7;6;-4) D. 4'(0;1;-3)
Cau 60. (Dé thi PGNL — PHQGHN 2022). Trong khong gian vdi hé truc toa dd Oxyz, cho mit phang
(P):2x-y-2z+1=0 vadiém A(3;0;—1). Goi H hinh chiéu vudng goc ctia diém A 1én mit phing
(P).Toadd ciia H 1a

A. HL;150). B. H(1;-1;1). C. H-L-L-1). D. H(-L-L1).
Céu 61. Cho 4(0;1;2), B(0;1;0), C(3;1;1) va mit phing (Q):x+y+z—-5=0.Xétdiém M thay doi
thudc (Q). Gia tri nho nhit cua biéu thuc MA> + MB* + MC? bang

A.12. B.0. C.8. D.10.
Chu 62. Cho mit phing (a):x+y+z-4=0 vabadiém 4(1;2;1), B(0;1;2) va C(0;0;3). Diém
M (x;y;z) thue (o) sao cho ‘m +3MB + 4]\%“ dat gi4 tri nho nhét. Tinh gia tri biéu thic
P=x+y+:z.

1

A. 3. B. ——. C.é. D. 4.
3 3

Chu 63. Cho hai diém A(2;-2;4),B(-3;3;—1) va mit phang (P):2x—y+2z-8=0.Xét M 1adiém
thay doi thudc (P), gié tri nhé nhét cia 2MA* +3MB’ bang:

A. 135. B. 105. C. 108. D. 145.
Céu 64. Cho t dién ABCD c6 diém A(L;1;1), B(2;0;2), C(~1-1;0), D(0;3;4). Trén cac canh 4B,
AC, AD lan luot lay cac diém B', C', D' thoa: AB, + AC, + AD, =4 . Viét phuong trinh mat phang
AB' AC'  AD
(B'C'D') biét t dién AB'C'D' c6 thé tich nho nhat.
A. 16x+40y+44z-39=0. B. 16x—40y—44z+39=0.
C. 16x—40y—442z-39=0. D. 16x+40y—44z+39=0.

Cau 65. Trong khong gian véi hé toa do Oxyz, cho mét phang (P):x+y—z+2=0 va hai diém
A(3;4;1); B(7;—4,-3). Piém M (a;b;c)(a>2) thude (P) sao cho tam gidc ABM vudngtai M va cé
dién tich nho nhat. Khi d6 gia tri biéu thitc 7 =a+b+c bing

A.T=6. B.T =8. C.T=4. D.T=0.
Cau 66. Trong khong gian véi hé toa d6 Oxyz, cho ba diem A(1;0;0), B(0;m;0),C(0;0;1) v6i m,n 1a cac s6

thuc duong thoa mén 3mn = 4ym” +n’® . Mit phang qua 4 vudéng goc véi OA cit dudng thang qua O
vudng goc voi mit phang (ABC) tai diém H. Tinh OH ?
A2 B. c.2 p. 2
4 5 4 3
Vién dé 3. Phwong trinh mit ciu
Cau 67. Cho tam giac ABC . Tap hop cac diém M trong khong gian thda mén hé thirc

m+m+m‘=a(a>0) la

A.Mit cau ban kinh R = %. B. Duong tron ban kinh R =%
C. Mit cdu ban kinh R =a. D. Poan thing c6 d6 dai bang a.
Cau 68. Cho hai diém 4 (-2;1;0), B(2;-1;2). Phuong trinh ciia mt cau c6 duong kinh AB 1a
A. x2+y2+(z—1)2=\/ﬁ. B. x2+y2+(z—1)2=x/g.
C. x2+y2+(z—1)2=24. D. x2+y2+(z—1)2=6.

Céu 69. Phuong trinh mit cau tim 7(-1;2;0) va di qua diém 4(2;-2;0) 1a

39



A. (x+1) +(y=2)" +2* =100. B. (x+1)" +(y-2) +2* =5.

C. (x+1)" +(y-2)" +z* =10. D. (x+1) +(y-2) +2* =25,
Cau 70. Goi (S)1a mat cau di qua 4 diémA(2;O;0), B(1;3;0), C(-1;0;3), D(1;2;3). Tinh ban kinh R
cua (S)

A. R=22. B. R=3. C. R=6. D. R=6.

Céu 71. Cho mit cu (S):)c2 +y?+22—2x—4y—62z=0 cit cac truc Ox, Oy, Oz l4n luot tai cac diém
A,B,C (khac O). Phuong trinh mit phang (4BC) 1a

A XY 2y B. 2+2+2o1. c.2+2+Z20. D. >
2 4 6 2 4 6 2 4 6 )
Cau 72. (De thi Tot nghiép THPT 2022). Trong khong gian Oxyz, cho mat cau
(8):x*+(y=2)" +(z+1)" = 6. Puong kinh cia (S) bing
A. 6. B. 12. C. 2+6. D. 3.
Céu 73. Cho mit cu (S): (x+3)2 +y° -1-(2—2)2 =m’ +4 . Tap céc gia tri clia m d& mit clu () tiép
xlic véi mit phing (Oyz) la:
A {5} B. (V5. C. {0}. D.J.
Cau 74. (Dé thi TNTHPT nim 2022)Trong khong gian Oxyz cho diém 4 (1 ;2 ;3) . Phuong trinh cua
mit cau tim A va tiép xic véi mit phaing x—2y+2z+3=0 1a
A. (x+1)2+(y+2)2+(z+3)2:2. B. (x —1) +(y- 2)2 +(z- 3)2:
C. (x+l)2+(y+2)2+(z+3)2:4. .(x—l) +(y- ) +(z- )
Céu 75. Cho mit cau (S)tdm 7(1;2;3)ban kinh R =3 va hai diém M (2;0;0), N(0,1,o).
(X ) :X+by+cz+d =0 1a mit phiang qua MN va cit (S )theo giao tuyén 1a duong tron ¢ ban kinh r 16n

nhit. Tinh T=b+c+d.
A. 1. B. 4. C.2. D. 3.

Céu 76. Cho mit cau (S):x* + +(z—2)2 =1 va mit phang (@):3x+4z+12=0. Khang dinh nio sau

dang?

A. Mit phing () di qua thm mdt cau ().

B. Mit phing () tiép xtc mit cau ().

C. Mit phang (a) cit mit cau (S) theo mdt duong tron.

D. Mit phing () khong cit mit cau ().
Cau 77. Tim tit ca cac gi tri cia m dé phuong trinh x* + y* +z> —2mx+4y+2z+6m =0 1a phuong
trinh ciia mQt mat cau trong khong gian voi hé toa dd Oxzy.

A. me(1;5) B. m € (—o0;1) U(5;+)

C. me(-5-1) D. me(-0;=5)U(-1;+m)
Céu 78. Cho mit cau (S): (x—l)2 + (y—?_)2 +(z —3)2 =25. Mit phang (Oxy) cét mit cau (S) theo mot
thiét dién 1a duong tron (C). Dién tich cua dudng tron (C) 1a

A. 87 B. 127 C. 167 D. 4
Cau 79. Cho 7(1;1;1) va mat phang (P):2x+y+2z+4=0. Mit cau (S) tam 1 cit (P) theo mot
duong tron ban kinh 7~ =4. Phuong trinh cta (S) 1a

A (x=1) +(y=1) +(z-1)" =16. B. (x—1) +(y-1)" +(z-1)" =5.
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C. (x=1)" +(y=1)" +(z-1)" =9, D. (x—1) +(y-1) +(z-1)" =25.
Céu 80. Cho mit phing (Q):x—2y+z-5=0 vamit cau (S): ()c—l)2 +y° +(z+2)2 =15.(P) song
song véi (Q) va cit mat ciu (S) theo giao tuyén 1a duong tron c6 chu vi 67 di qua diém nao sau day?

A. A4(0; —1;-5) B. B(1;-2;0) C.C(2-21) D. D(-2;2; -1)
Céu 81. Cho mit cau (§):x’+y° + 2> —6x+4y—2z+5=0. Phuong trinh mit phang (Q) chtra truc Ox
va cét (S) theo giao tuyén la mot duong tron ban kinh bang 2 1a

A (Q):2y-z=0.  B.(Q):2x-z=0.  C.(Q):y-2z=0.  D.(Q):2y+z=0.
€4u-82-Cho hai mit phing song song (a,):2x—y+2z-1=0, (a,):2x—y+2z+5=0 va mot diém
A(-1L1L1) nim trong khoang giita clia hai mit phang d6. Goi (S) 1a mit cu di qua A va tiép xtic v6i
(a).(a,)- Biét rang khi (S) thay d6i thi tdm 7 cia n6 nam trén mot duong tron ¢ dinh (). Tinh dién
tich hinh tron gi¢i han boi (@).

2 4 8 16

A. —r. B. —r. C.—rx. D. —rx.
3 9 9 9

Ciu 83. Cho 4(2;0;0),B(0;2;0),C(0;0;2). C6 tat ca bao nhiéu diém M trong khong gian théa man
M khong tring véi cac diém A, B,C va AMB = BMC = CMA =90°?

A. 0. B. 1. C.2. D. 3.
Cau 84. Cho hinh chop S.4BCD véi S(1;-1;6), 4(1;2;3), B(3;1;2), C(4:2;3), D(2;3;4). Goi 1
1a tim mit cau (S) ngoai tiép hinh chop. Tinh khoang cach d tir / dén mt phang (SAD).

33 V21 V3

A.d=—3. B.d=—. C.d=——. D.d=—.

2 2 2 2

Céu 85. Cho mit cau (S):x* +y* +2° —2x-2y—2z=0 vadiém 4(2;2;0). Viét phuong trinh mit
phang (OAB), biét rang diém B thudc mit cau (), cé hoanh d¢ duong va tam gidc OAB déu.

A x—y—z=0. B. x-y+z=0. C.x—y-2z=0. D. x-y+2z=0.
Cau 86. Cho hai diém 4(3;1;-3), B(0;-2;3) vamitcau (8):(x+1)" +)? +(z-3)" =1. Xét diém M
thay doi thudc mat cau (S), gia tri lon nhat cia MA® +2MB’ bang

A. 102. B. 78. C. 84. D. 52.

Ciu 87. Cho mat phing (P):x—2y+2z-3=0 vamit cu (S) tim 7(5-3;5), bankinh R =2+/5. Tur
mot diém 4 thudc (P) ké mot duong thang tiép xuc voi mit cau (S) tai B. Tinh OA4 biét AB=4.

A. 04=A1. B. 04=5. C. 04=3. D. 04=+/6.

Cau 88. Cho mit phing (P) c6 phuong trinh x+ y+z=2 va mat cau (S) co phuong trinh
x> +y*+z° =2. Goi diém M (a;b;c) thude giao tuyén giita (P) va (S). Khing dinh ndo sau day la
khang dinh dng?

A. mince(—l;l). B. minbe[l;2]. C. max g =minb. D. maxce[\/fﬂ].
Céu 89. Cho mit cdu (S,) c6 tim 7,(3;2;2) bankinh R, =2, mit cau (S,) c6 tm 7, (1;0;1) ban kinh
R, =1. Phuong trinh mt phang (P) dong thoi tiép xtc véi (S,) va (S, ) va cdt doan 1,1, c6 dang
2x+by+cz+d=0.Tinh T=b+c+d.

A. 5. B. —1. C.-3. D. 2.
Van dé 4. Phwong trinh duong thang trong hé toa do Oxyz .
Cau 90. (KY THI TOT NGHIEP TRUNG HQC PHO THONG NAM 2020)
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x-3 y-4 z+I
-5

Trong khong gian Oxyz, cho duong thang d : . Vecto nao sau day la mot vecto chi

phuong cua d ?

A uy =(3;4;-1) B. u, =(2;-5;3) C. u, =(2;5;3) D. u, =(3;41)
Céu 91. Trong khong gian voi hé truc Oxyz, cho hai diém 4(7;2;1) va B(-5;—4;-3),

Chon dép an sai?

A. AB khong di qua diém (1,—1,-1)

B. AB vudng goc voi mit phang: 6x+3y—2z+10=0

x=1-12¢

C. AB song song v6i dthang < y = —1—6¢

z=—1-4¢
x=5

D. AB vudng goc véi duong thang { y =—1-2¢

z=3t

A P g o . \ 2 x—2 y-1 z+l1
Cau 92. (Pe thi TNTHPT nam 2022)Trong khong gian Oxyz , cho dudng thang d : R
Piém nao dudi day thude d ?

A. O(2:151). B. M (1;2;3). C. P(2;1;-1). D. N(1;-2;3).
x=1+2¢t
Cau 93. Puong thang d :{ y =2-3¢, t € R khong di qua diém nao dudi day?
z=3—t

A. 0(1;2;3). B. M(3;-1;2). C. P(2;-2;3). D. N(-1;5;4).

A 13 P 2 x=3 y+l_z-4 At AR
Cau 94. Cho mit phang (a):x+2y—z+3=0va duong thang d : =S . Mménh dé nao
dang?

A. d songsong v6i (). B. d vudng goc v6i (). C. d nam trén (ar). D. d cit (a)

Cau 95. Trong khong gian hé toa do Oxyz, hai dudng thang d, : al _21 = % == :—1 ;
d,: xtl_y2_z77 c6 vi tri tuong dbi 1a:
1 2 -3 '
A. song song B. trung nhau C. cat nhau D. chéo nhau
2 . 2 z-3 .
Céu 96. Cho ba diém 4(3;-1;2), B(4—1—1), C(2;0;2) va duomg thing (d): % =% == = Goi M

1 giao diém ctia (d) vamp (4BC). D¢ dai doan OM bang

A 22 B.3 C. V6 D.\f3
CAau 97. Cho ba diém A(-1;2;1), B(2;-1;4)va C(1;1;4) .Dudng thang nao dudi day vudng goc voi mp
(4BC)

A =22 B.Z=2-Z c.i=X-Z p.I=Y-Z
-1 1 2 2 1 1 1 1 2 2 1 -1
Céu 98. Viét phuong trinh tham s6 ctia duong thing di qua hai diém A4(1;2;-3), B(2;-3;1).
x=1+¢ x=2+t x=3—-t x=1+¢
A . <y=2-5¢ . B. s y=-3+5¢. C. y=-8+5¢. D.<y=2-5¢.
z=-3-2¢ z=1+4¢ z=5-4¢ z=3+4¢
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Cau 99. Viét phuong trinh tham s6 cta duong thang (D) qua / (—1;5; 2) va song song voi truc Ox.

x=t-1 xX=-m x=-2t
A.{y=5 ;teR B.{y=5m;meR C.{y=10¢;teR D. A va C déu dung
z=2 z=2m z=4t

Cau 100. (KY THI TOT NGHIEP TRUNG HQC PHO THONG NAM 2020)
Trong khong gian Oxyz, cho badiém A(1;0;1), B(1;1;0) va C(3;4;-1). Duong thang di qua A va song
song v&i BC c6 phuong trinh la
x+1_y _ z+1 x—1_y z-1 x+l _y z+l
3

Ay =271 B. C. - )
4 5 -1 2 3 1 2 -1 4 5 1

Cau 101. Phuong trinh chinh tic ctia dudng thang d di qua diém M (1;-2;5) va vudng goc voi mat
phang (a): 4x-3y+2z+5=0 la
A x—1:y+2:z—5_ B. x—1:y+2:z—5_
4 3 2 4 -3 2
x—1=y+2:z—5_ D. x—1=y+2:z—5'
—4 -3 -2 —4 -3 2

Cau 102. Cho duong thang d : > = y1—1 =i

dudng thang A di qua A(1;1;-2), song song voi mit phang (P) va vudng goc véi dudng thang d .
x+1:y+1:Z—2 B.A:x_lzy_1=2+2

2 5 -3 2 5 -3
x+1=y+1=z—2 D.A:x—lzy—1=z+2

-2 -5 3 -2 -5 3
Céu 103. Goi d 1a giao tuyén cta hai mt phang (a):2x—y+3z-7=0 va (B):x-2y+z-2=0.

C.

2 va mit phang P: x—y—z—1=0. Viét phuong trinh

A. A

C. A:

Puong thang d di qua diém nao dudi day?

A. 0(2;-1;3). B. M(1;0;-3). C. P(-1;0;3). D. N(1;-2;1).
Cau 104. (KY THI TOT NGHIEP TRUNG HQC PHO THONG NAM 2020)

Trong khong gian Oxyz, cho diém M (2;-2;3) va dudng thing d: x=1_» ;2 == _13 .Mit phing di
qua M va vudng goc voi d c6 phuong trinh 1a

A. 3x+2y—z+1=0 B. 2x-2y+3z-17=0

C.3x+2y—-z-1=0 D. 2x-2y+3z+17=0
Cau 105. Trong khong gian véi hé toa do Oxyz, cho dudng thiang d : al I 2_Y _11 = Z;1 va diém

A (—2; L 0). Viét phuong trinh mit phang (P) di qua A va chta d?
A x—T7y—-4z+9=0 B. x-7y—-4z+8=0 C.x-6y-4z+9=0 D. x—y—-4z+3=0
x=1_ y+2 z-3 va

Cau 106. Trong khong gian Oxyz, cho diém A(—3;2;—3) va hai duong thang d,: n "

d, - x=3 _ y—1 _ z=5
1 2
A. 5x+4y+z-16=0 B.5x-4y+z-16=0 C.5x—4y—-z-16=0 D.5x-4y+z+16=0
Cau 107. (Pé thi TNTHPT nim 2022)Trong khong gian, Oxyz cho diém M (2;-2;1) va mit phang
(P):2x-3y—z+1=0.Duong thiang di qua M va vuéng goc v6i mat phang (P) co phuong trinh 1a

. Phuong trinh mit phang chta di va dz c6 dang:

x=2+2t x=2+2t x=2+2t x=2+2t
A.{y=2-3¢. B. jy=-2-3¢. C.iy=-2+3¢. D. {y=-3-2¢t
z=1—t z=1-t z=1+t¢ z=—1+¢
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x=3-2¢ x=m-3
Céu 108. Cho hai duong thing (d,):4y=1+¢ ;(d,):{y=2+2m. Phuong trinh tong quéat clia mit

z=-2—t z=1-4m
phang (P) chira d, va song song véi d, la:

A. x+7y+5z-20=0 B.2x+9y+5z-5=0 C. x-7y-5z=0 D. x-7y+5z+20=0
Cau 109. Cho dudng thang A c6 phuong trinh XT_1=%=Z—+11 va mit phang (P): 2x—y+2z—-1=0.
Phuong trinh mét phang (Q) chtra A va tao v&i (P) mot goc nho nhét 1a:

A 2x—y+2z-1=0 B. 10x-7y+13z+3=0 C.2x+y-z=0 D. —x+6y+4z+5=0

x=2+t
Cau 110. Cho dudng thing d:{y=-3+2¢ (t€R). Goi d' 1a hinh chiéu vudng goc ctia d trén mit
z=14+3¢

phéng toa d6 (Oxz) . Viét phuong trinh duong thang d' .

x=2+t x=2+t x=0 x=2+t
A.1y=0 (te]R). B. y=3—2t(teR). C. y=—3+2t(te]R). D. y=—3+21(teR)
z=1+3¢ z=1+3¢ z=1+3¢ z=0

Cau 111. Cho duong thing d : x2—1 - y+15 _z73

chiéu vuong goc clia d 1én mit phang (P) :x=5=0.

. Phuong trinh nao dudi day 1a phuong trinh hinh

x=5 x=5 x=1 x=1
A Jy=-T+t. B.{y=-7-¢. C.{y=-5+2t. D.{y=-5-¢.
z=11+4¢ z=11+4¢ z=3-t z=3+4¢

Cau 112. Phuong trinh dudng thang d' 13 hinh chiéu vudng goc ciia duong thang d trén mit phing (P) ,
x=12+4¢
biét d:{y=9+3t va(P):3x+5y—z—2=0.Dudng thang d’ 1a giao tuyén cia hai mphing nao?

z=1+¢
A.3x+5y—-z-2=0va8x-7y—-11z-22=0. B. 3x+5y—-z-2=0va 4x-T7y—-z-22=0.
C.3x+5y—z-2=0vax-y-11z-22=0. D.3x+5y-z-2=0va 8x-3y—-z-2=0.

Cau 113. Trong khong gian vdi hé toa do Oxyz , cho diém A(l; 2; —3) va mat phéng
(P): 2x+2y—z+9=0.Dudng thing d diqua A va co vecto chi phuong u =(3; 4; —4) cit (P) tai
diém B.Diém M thay d6i trong (P) sao cho M luén nhin doan 4B dudi goc 90°. Khi do dai MB
16n nhat, duong thang MB di qua diém nao trong cac diém sau ?

A. (-2,-19;3). B. (3;0;15). C. (18;-2;41). D. (-3:20,7).
Cau 114. Viét phuong trinh duong thing di qua A(1;—11), vudng goc va cit duong thang

x=4 y-2 z+5
-1 1 1
x—1:y+1:z—1_ B. x—1:y+1:z—l.c. x—1:y+1:z—1. D. x—1:y+1:z—1_
5 1 -8 1 5 —4 5 5 —4 5 -1 8
x+1 y z+2

Cau 115. Cho mit phiang (P):x+2y+z—4=0 va duong thang d : > 71

duong thang A nam trong mit phang (P) dong thoi cat va vudng goc véi dudng thang d.

d

A.

. Viét phuong trinh

x—lzy—lzz—l B. x—lzy—lzz—l C. x—lzy—lzz—l D. x—lzy—lzz—l
5 -1 -3 5 1 -3 5 -1 2 5 -1 3
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x-3 y-3 z+2 d x=5 y+l z-2
-1 =2 17732 1
(P):x+2y+3z-5=0. Puong thing vudng goc véi (P), cit d, va d, lan lugt tai 4, B. Do dai doan
AB 1a

A. 243, B. \14. C. 5. D. J15.

CAu 117. Cho dudng thang d, c6 vecto chi phuong u= (1;0;-2) va di qua diém

Céu 116. Cho 2 duong thang d, : va mp

x+3 y-1 z+4

M(1;-3;2), d, : " 3 . Phuong trinh mit phang (P) cach déu hai duong thang d, va d,co
dang ax +by+cz+11=0. Gia tri a+2b+3c bang
A. —42. B. -32. C.11. D. 20.

1 y+1 z-—
1
(P) :x+y+2z+1=0.Piém B thudc (P) thoa man duong thang AB vira cit vira vuong goc véi d.
Toa do diém B la:
A. (6:—7;0). B. (3;—2—1). C. (—3;8-3). D. (0;3;-2).
Y

Céu 118. Cho diém 4(1;2;—1), dudmg thing d : x; va mit phing

. . 5 1 -2
Cau 119. Cho duong thang d va mit phang (P) lan lugt c6 phuong trinh x; =1 z " va
x+y—2z+8=0,diém A(2;—1;3). Phuong trinh duong thing A cit d va (P) lanlugttai M va N sao
cho A 1a trung diém cia doan thaing MN 1a
A x+1=y+5:z—5‘ B. x—2:y+1:z—3‘

3 4 2 6 1 2
x-5 y-3 z-5 D x-5 y-3 z-5

6 1 2 -3 4 2
Cau 120. Cho mit phang (P) :x—2y+2z—-5=0 va hai diém A4(-3;0;1), B(O;—l;3). Viét phuong trinh

C.

duong thang d di qua 4 va song song voi (P ) sao cho khoang cach tir B dén duong thang d6 1a nho
nhat.

x=-3+2¢t x=3-2¢ x=3-2¢ x=-3+2¢t
A.Jy=—t .B.yy=t . C.yy=—t . D.iy=t
z=1 z=1 z=1 z=1
Céu 121. Trong khong gian Oxyz cho 2 diém 4(1;3;0)va B(-2;1;1)va duong thing
(A): XTH = yT—l = iz . Viét phuong trinh mit cau di qua A, B ¢6 tam I thudc dudng thang (A)?

( 2)2 ( 13]2 ( 3)2 521 ( 2)2 ( 13]2 ( 3)2 25
Al | x+=| +Hy—-——| +|z+=| =—B. | x+= | +|y——| +|z+=| =—
5 10 5) 100 5 10 5 3
2\’ 13Y 3V 521 2\’ 13Y 3V 25
C.lx—=|+|y+— | +|z—=| ==—D.|x—=| +|y+— | +| z—=| ==
5 10 5) 7100 5 10 5 3

x=t

Céu 122. Trong mit phang Oxyz, cho dudng thang d :{ y =—1 va 2 mat phang (P) va (Q) lan luot c6
z=-—t

phuong trinh x+2y+2z+3=0 ;x+2y+2z+7=0. Mit cau (S) c6 tim I thujc duong thang (d), tiép

xuc v6i hai mit phang (P) va (Q) c6 phuong trinh

A (w3 + (1) +(z-3) =5 B (r=3) +(y=1) +(+3) =

NeR I NINe)

C. (x+3) +(y+1) +(z2+3) = D. (x=3) +(y+1) +(z+3) =

NN RN N
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-4 y-4 z43
\ 9 ’ 9 2 2 _1

trjnh mat cau (S) c6 tdm la diém I va cat A tai hai di€ém phén biét A, B sao cho doan thang AB c6 d6 dai

bang 4 la:

Céu 123. Trong khong gian Oxyz, cho diém 7(1;3;-2) va dudng thang A: al . Phuong

A (8):(x=1)" +(y=3)"+2* =9 B. (8):(x=1) +(y=3)" +(z-2)" =9
C. (S):(x—1)2+(y— ) +(z+ )2 D. (8):(x-1 ) +(y+3) (z+2)2=9
Céu 124. Cho E(0;~L—5), mp (P):2x+2y—2z-3=0 va mit cau (S):

(x=4) +(y—1) +22 =25,
Goi A 1a dt di qua £, ndm trong (P ) va cat (S ) tai hai diém c6 khoang cach 16n nhat. Phuong trinh cia
A la

x=11¢ x = 50¢ x=11 x =50¢
A sy=—-1-2t . B. {y=-1+23¢. C.iy=—1+2¢ . D.<y=-1+23¢.
z=-5+26¢t z=-5+7t z=-5+26¢ z=-5-Tt
x=1+t
Céu 125. Cho mat cau (§):x*+y* +2z°+2x—4y—6z+m—-3=0.Tim m dé d:{y=1-1 cit () tai
z=2
hai diém phan biét
A.mﬁﬂ. B. m<2 C.m>£. D.mzﬂ.
2 2 2 2
Cau 126. Goc gitra hai duong thing d : %zy—T=Z;1 va d,: X—T=%=ZI3 bang:
A. 45° B. 90° C. 60° D. 30°
x=5—t¢
Céu 127. Géc giita dudng thing d:{ y=6 vamp (P):y—-z+1=0 la:
z=2+t
A.30° B.60° C.90° D.45°

Céu 128. Trong khong gian v6i hé toa dd Oxyz cho 4(3;0;1), B(6;-2;1). Viét phuong trinh mét phang

(P) di qua A, B va (P) tao v6i mp(Oyz) gbc o théa man cosa :% ?

A {2x—3y+6z—12:0 B {2x+3y+6z+12:0
2x-3y—-6z=0 2x+3y—-6z—-1=0
C. {2x+3y+6z—12:0 D. {2x—3y+6z—12:0
2x+3y—-6z=0 2x-3y—-6z+1=0
x=2-2t x=5+3s
Cau 129. Cho diém A(1;1;1) va hai duong thiang d:qy=1 ;d, 3y =1
z=-2+t z=3-s
Goi B,C 1a cic diém lan lugt di dong trén d,;d,. Gia tri nho nhét cta biéu thitc P =4B +BC +CA la:
A. 2429 B. 24985 C. J5+410+29 D. \/5+4/10

Cau 130. Cho diém A(0;1;9) va mit cAu (S):(x—3)" +(y—4)" +(z-4)" =25. Goi (C) 1a duong tron
giao tuyén ctia (S) véi mp(Oxy); diém B va C di chuyén trén (C) sao cho BC = 235 . Khi ti dién
OABC c6 thé tich 16n nhat thi dudng thing BC ¢ phwong trinh 14
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x=2—4t x=2—3t x=2—4t
. o2l s s
A. y:?—?)t. B. y=28-3¢. C. y=?+4t. D. y=?+3t.
z=0 z=0 z=0 z=0

Céu 131. Cho diém E(2;1;3), mp (P):2x+2y—z-3=0 va mit chu
(S): (x—3)2 -|—(y—2)2 +(z—5)2 =36.Goi A la duong thing di qua E, nam trong (P) va cit () tai
hai diém c6 khoang cach nho nhat. Biét A c¢6 mdt vec-to chi phuong i = (2018; Yos 2o ) Tinh T =z,-y,.

A. T=0. B. T =-2018. C.T=2018. D. T=1009.
Céu 132. Cho diém A(0;1;-2), mat phang (P):x+y+z+1=0 va mjt cau

(S):x*+y*+2z>—2x—4y-7=0. Goi A la duong thang di qua 4 nim trong mit phing (P) va cit mat
cau () tai hai diém B,C sao cho tam giac IBC c6 dién tich 16n nhit véi / 1a tim ctia mit cau (S).

Phuong trinh ctia A 1a

x=t x=t x=t xX=t
A. Ay=1 . B. A:iy=1-t. C.A:qy=1+t. D. A:qy=1
z==-2+t z==-2 z==-2 z=-2—t

Céu 133. Trong mit phang Oxyz , cho mit cau (): x’ +(y—1)2 +z% =25 va mit phang
(P):2x+2y-z+15=0.Goi M,,M, 14 hai diém thudc (S)sao cho d(Ml;(P)) dat gia tri 16n nhit va
d(Mz;(P)) dat gia tri nho nhét. Gia tri cia T = d(Ml;(P))—d(Mz;(P)) la:

A. 10. B. 5. C. H D. ﬁ

3 3

: 1 3 . , .
Céu 134. Cho diém M[E;g;OJ vamit cau (S):x*+y” +2z° =8. Duong thing d thay déi, di qua

diém M, cit mit ciu (S ) tai hai diém phan biét 4, B. Tinh dién tich 16n nhat S cua tam giac OAB.

A S=417. B. S=4. C. S=247. D. S$=2v2.
Ciu 135. Cho diém A(1;1;1), B(2;2;2) vamatcau (S):x*+)°+2° —2x-2y+4z-10=0. Goi (P) 1a
mit phang di qua 4, B vacat (S) theo mot thiét dién 1a duong tron (C). Duong thang 4B cat (C) tai
hai diém E,F . Piém C thudc dudng tron (C ) sao cho tam giac CEF cantai C, CH la duong cao ung
véi canh EF . Khi thiét dién c6 di¢n tich nho nhat thi phuong trinh cia CH 1a

x=1+t¢ x=1-t¢ x=-1-t¢ x=1+t¢
A.Ay=1 . B. A:qy=1+¢. C. A iy=1+1 . D. A:iy=1
z=1-t z=1 z=0 z=2—t

Cilu 136. Cho dudng thng d 1 = y_+21 _2=z
mit phing (Q):2x—y—2z-2=0 mft gbc c6 s6 do nho nhét. Diém A(1;2;3) cach (P) mot khoang
bang
A3 g V3 Ty p, 43
) 3 11 . 3
Cau 137. (Pé thi TNTHPT nam 2022)Trong khong gian Oxyz, cho mat cau (S) tam 7(9;3;1) ban kinh
b@ing 3.Goi M, N la hai diém lan luot thudc hai truc Ox, Oz sao cho duong théng MN tiép xuc voi

. Goi (P) 1a mit phing chira duong thang d va tao véi

47



(S),d6ng thoi mat cau ngoai tiép tir dién OIMN c6 ban kinh bang % . Goi A latiép diém cia MN va
(S), gia tri AM.AN bang

A 1243. B. 18. C. 283, D. 39.
x=2+t
Ciu 138. Cho mit cau (S):x° Jr(y—l)2 +(z+1)2 =1 va duong thang d:{y =t . Hai mit phing
z=-1

(P),(Q) chtra d , tiép xtic v6i (S) tai T va T'. Diém H (a;b;c) 1a trung diém ciia doan 77", gid tr

cuabiéuthic T=a+b+c 1a

AL O, B. L. c. 2 D. 1.
3 3

Vin dé 5. Toa d9 hoa bai toan hinh trong khéng gian
Céu 139. Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh chir nhat, AB=a, BC = a3, SA=a va SA
vuodng goc voi ddy ABCD . Tinh sina véi o 1a goc tao béi duong thang BD va mat phang (SBC).

A. sinaz—z. B.sina=—7. C.Sina:—3. D. sinag =—.
8 5 2

Cau 140. . Cho hinh chop S.ABCD c6 day 1a hinh vudng canh a, canh bén S4 =2a vudng goc vai day.
Goi M 1a trung diém canh SD. Tinh cos cuta goc tao boi hai mat phang (AMC) va (SBC).
NRES B Y e p.2.
5 3 2 3
Cau 141. Cho hinh chép S.ABCD c¢6 ddy ABCD 14 hinh vudng canh bang @, biét SO=a va SO

vuong goc voi mat day (ABCD) . Goi M, N 1a trung diém ctua S4,BC . Goi «la goc giita dudong thang
MN va mit phang (SBD). Tinh cosa .

2 J21 NG 2

A'\ﬁ' B. - C. 0 D.S.
Cau 142. Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng canh a, S4=a va SA vudng goc véi
day. Goi M latrung diém SB va N 1a diém thudc canh SD sao cho SN =2ND . Tinh thé tich khéi tur
dién ACMN .

A. Vzicf. B. V=1a3. C. V=1a3. D. V=La3.
12 8 6 36
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