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I. KIEN THUC TRONG TAM

x» Ham sé lirong giac: tap xac dinh, tap gia tri, tinh chin - I¢, tinh tudn hoan, su bién thién va do thi
cua cac ham sé luong giac.
Phuong trinh lwong giac co ban.
MGt S6 phirong trinh lwong gidc thirong gap.
Céc phép doi hinh va phép dong dang trong mat phang: dinh nghia va tinh chét cua cac phép
bién hinh (phép tinh tién, phép quay, phép vi tw), hai hinh bang nhau, hai hinh dong dang.

w Pai crong vé dwong thang va mat phang trong khdng gian: tap trung vao cac bai toan co ban
(giao tuyén caa hai mat phang, giao diém caa duong thang va mat phang, thiét dién cua hinh
chép khi cat bai mot mat phang).

I1. BAl TAP TU LUAN

YW

Pai s6
Bai 1. Tim tap xac dinh cua cac ham sé sau:
1-sinx Vs cot x
a) y= ; d) y=tan| 2x—— |; = :
)Y COS X )Y ( 6) 9y cosx—1

1+ cos x 2 sinx+2

b :‘/ : g) y=C0S—; h :,/ .

)y 1-cosx )Y X )Y cosXx+1
c) Y=COt(X+Z]; f) y=sin /1+—X
3 1-x

Bai 2. Tim gia tri 16n nhat va gié tri nho nhat cua cac ham sé sau:

a) y=2+3sinx; e) y=3-4sin’ xcos’ X ;
b) y:2coS(X—%j‘1; f) y=4cos’ x+2sinx+2;
* i\ 2y I _EZ .
¢) y=3-2sinx; g) *y =tan” x—tan x+ 2021 voi XE|: 4,4]
2 i —
d) y:1+4COS X; h) **y = _3smx cos X )
3 sinx+2cosx—4
Bai 3. Giai cac phuong trinh sau:
. . T T) 2
a) sSinx=sIn—; f)cot| Ix——|=—;
) 7 ) ( 3} 3
AL %
b) cos| x+= |=——; _ .
) ( SJ > g) tan2x tan(x+4j,

c) 2sin(x—3)=5;

d) 2cos(2x+30°)—2=0 véi —180 <x <90 ;
4 i) sin 3x+ 2 |=cosx:

e) 3tan _2X+Z +/3=0; 2 :

j) *sin(zcosx)=0.

h) sinx—sin(Zx—%j:O VoI O0<x<r;

Bai 4. Giai cac phuong trinh sau:
a) 2cos’ x—3cosx+1=0; d) cot? 2x—cot2x—2=0;
b) cos2x—sinx-1=0; e) tanx+2cotx—3=0;
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c) 4sin®2x+8c0s*x—-9=0.

Bai 5. Giai cac phuong trinh sau:

a) sinx—+/3cosx=-1; €) *sin7x++/3cos X =+/3c0s 7X —sin X ;
b) sin3x—cos3x =2; f) *5sin 2x —6sin’ x =13;

C) 3sin2x+4cos2x=5; g) *cos® x —343sin® x = 3sin x—cos X .

d) *ﬁ0033x+sin3x—2cos(x—%] 0;

Bai 6. Giai cac phuong trinh sau:
a) sin2x—~/3cosx=0;
b) 16COS XSiN XCOS 2XCOS4X =~/2 ;

C) —2sin® X+ 65sin Xcos X +2€0s* X = 3;
d) cos3x—cos4x+cos5x=0;

. 1
e) V3sinx+cosx=—-;
COS X

f) *|sin x+ cos x|+ 4sin 2x =1;
g) *C0S2X +2¢0S X = 2sin’ g

Bai 7. Tim gié tri cua m dé cac phuong trinh sau:

a) 2€0SX—2=-Cc0sX+3m cO nghiém;

b) msinx—1=sinx+m v nghiém;

€) 5sin x+2cosx =m c6 nghi¢m va m nguyén duong;
d) * cos? x+2c0sx—2m+1=0 cé nghiém;

e) * 2sin® x—sin xcosx—cos’ x =m ¢6 nghiém;

f) ** 3(sin x+cos x) —4sin 2x+1-2m =0 c6 nghiém.

Bai 8.** Giai cac phuong trinh sau:

(1+sin x+cos 2x)sin(x+”j

a) (PH 2010A) L tanx :Ecosx;

b) (PH 2008A) _1 + 1 =4sin£7—ﬂ—xj;
s 3 4

c) (PH 2003B) cot x —tan X+ 4sin 2x = — :
sin 2x

Hinh hoc
Bai 9.
a) Trong mit phang Oxy, cho U =(2;-1), diém M (3;2). Tim toa d¢ diém A théa man A=T (M),

M =T (A), A=Qq ) (M), A=Y, 5 (0).

b) Tim anh ctia duong thing d : 2x -3y +3=0, duong tron (C):x*+y? —2x+4y—4=0 qua phép
tinh tién T. biét v=(2,-1).

¢) Hay viét phuong trinh ciia dwong tron (C') 1a anh caa duong tron (C):(x—3)" +(y+1)" =9 qua
phép vi tu tam 1(1;2) tisé k =-2.

d) ** Cho hinh chir nhat ABCD. Goi O 1a tam déi xtiing caa né; E, F, G, H, 1, J theo thi ty 1a trung
diém cua cac canh AB,BC,CD, DA, AH,0G. Ching minh ring hai hinh thang AIOE va GJFC bing
nhau.
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Bai 10. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh tdm O, hai diém M, N lan luot 13 trung
diém cua SB,SD, diém P thudc SC va khong 13 trung diém cua SC.

a) Tim giao diém cua SO v6i mit phang (MNP).

b) Tim giao diém cua SA véi mit phang (MNP).

¢) Goi F,G,H lan luot 12 giao diém cia QM va AB, QP va AC, QN va AD. Ching minh ba diém
F,G,H thing hang.

Bai 11. Cho hinh chép S.ABCD, day ABCD la hinh thang (AD // BC,AD >BC). Goi M,N lan
luot 1a cac diém thudc cac canh SB,SC sao cho SM =2MB, SN = 2NC.

a) Tim giao tuyén cua mat phang (SAB) va (SCD).

b) Tim giao diém E cua SA va mit phang (CMD).

c) Goi K = ABNCD. Tim thiét dién cua hinh chdp cat béi mat phang (KMN).

Bai 12. Cho hinh chép tir giac S.ABCD v6i hai duong thang AB va CD cit nhau. Goi A' 1a mot diém
nam gitra hai diém S va A. Hay tim giao tuyén ctia mét phang (A'CD) v6i cac mit phang.

a) (ABCD),(SCD),(SDA).

b) (SBC),(SAB).

Bai 13. Cho tir dién ABCD. Goi M 1 trung diém AB, N Ia diém trén canh AD sao cho NA=2ND.
Piém K 14 trong tdm tam gidc BCD.

a) Tim giao tuyén cta hai mat phang (CMN) va (BCD).

b) Tim giao diém ciia BC va mit phiang (MNK).

¢) Dung thiét dién tao boi mat phang (MNK) va tir dién ABCD.

Bai 14. Cho hinh chop S.ABCD. Pay ABCD la tir giac c6 cac cip canh dbi khdng song song, M 1a
maot diém thudc canh BC, N 1a mot diém thudc canh SD.

a) Tim giao tuyén cua hai mat phiang (SMD) va (SAC).

b) Tim giao diém I ciia BN va (SAC), giao diém J caa MN va (SAC).

¢) Xéc dinh thiét dién caa hinh chdp véi mat phang (BCN).

Bai 15.**

a) Cho hinh chdop S.ABCD. Goi E 1a giao diém cua AB va CD. Trén cac canh SA, SB, SC, SD lan luot
liy cac diém Q, M, N, P sao cho AM cat DN tai | va BQ cat CP tai J. Chitng minh S, E, I, J thang
hang.

b) Cho tt dién ABCD. Goi E, F, G lan luot 12 ba diém trén ba canh AB, AC, BD sao cho EF cit BC
tai I, EG cit AD tai H. Ching minh: CD, IG, HF dong quy.

I11. CAU HOI TRAC NGHIEM

Pai sb
Cau 1. Tap xéc dinh ciia ham s y:lz;"ix la
A D:R\{k2ﬂ|keZ}. B. D:R\{kﬂ'|keZ}.
C. D=R\{7r+k7r|keZ}. D. D=R\{7r+k27r|keZ}.
Cau 2. Trong cac ham s6 sau, ham s6 c6 tap xac dinh 1a R 1a
A. y:cosl. B. y:.tazni.
X sin“ x+1
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C. y=‘/w. D. y=2cos+/x.
CoS4x+5

Céau 3. Ham s0 nao sau day l1a ham so chan?
2016

A. y=cosx.sin’x. B. y=sin®* x.cosx.
X :
C.y=_0* D. y =sin x.cos6x.
tan® x+1
Cau 4. Ham s6 nao sau day tudn hoan véi chu ki 27 ?
A. y=tanx. B. y=sin2x.
C. y=x"+1. D. y =COSX.

Cau 5. Cho ham sé y =sin x, chon phat biéu ding?

2n

w

A. Bong bién trén khoang % 7[) va nghich bién trén khoang (—% ; %j

"2
B. Pong bién trén khoang —% ; %j va nghich bién trén khoang (% ; 37”}
C. Dong bién trén khoang %;ﬂ'J va nghich bién trén khoang (O; 7r)

D. Pdong bién trén khoang 37” ; 577[] va nghich bién trén khoang (—% ; %j

Cau 6. Do thi trong hinh v& dudi day 1a cta ham s6 nao?

s Ay

ANVAN A NYA
SN N NS\

A. y=sin2x. B. y =cos2x. C. y=cosg. D. y =cos3x.

Cau 7. Gia tri nh6 nhat va gia tri 16n nhit ciia ham s6 y = 4+/sin x+3—1 lan luot la
A 2 vaz2. B. 2 va 4. C. 42 va 8. D. 4J/2-1va7.
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Cau 8.* Mot vat ning treo bai mot chiée 16 xo, chuyén dong 1én xubng qua vi tri cdn bang (hinh v§).
Khoang cach h tir vt dén vi tri can bang ¢ thoi diém t gidy dugc tinh theo cong thirc h=|d | trong
d6 d =5sin6t—4cos6t voi d duge tinh bang centimet. Hoi trong gidy dau tién, c¢6 bao nhiéu thoi
diém vat & xa vi tri can béng nhét?

Vi tri can bang

A 1. B. 2. C. 4. D. 0.

R . 1 . 5
Cau 9. Phuong trinh Sin x = 5 ¢6 nghiém thoa man —% <x< % la

A.X=5—ﬂ+k27z,keZ. B.x:z.
6 6
C.x=2+K2r kel D. x==.
3 3

Céau 10. Cho phuong trinh sin(x+7z) = m_+i , M 1a tham s6. Véi gia tri ndo cta m thi phuong trinh
m —_
c6 nghiém?
A.ms-l. B.mg—l.
4 2
C. VmeR. D. Khéng ton tai gia tri ctia m.

CAau 11. Phuong trinh cos3x = cos% c6 nghiém la

A. X:i£+k27z,keZ. B. X:i£+k2—ﬂ-,keZ.
15 45 3

C. x:—£+k2—ﬂ,keZ. D. x:£+k2—ﬂ,keZ.
45 3 45 3

Cau 12. S6 nghiém cua phuong trinh \/ECOS(X+% =1v6i 0<x<2r la

A. 1l B. 0. C. 2 D. 3.
CAu 13. Phuong trinh tan® x = 3 ¢0 nghiém la

A.X=—%+kﬂ,keZ. B.Xzi%-i-kﬂ',kEZ.

C.X:i%+k7z,keZ. D.X:%+k7z,keZ.

CAau 14. Phuong trinh cot x.cot2x—1=0 c6 nghiém la
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X:£+k7r,keZ
6

A.X=%+k7r,keZ. B. c .
X=—7T+k7z,keZ
6
C.x=21kz ke D. x=2+ ¥ veu
6 2 3

Cau 15. Nghiém duong nhoé nhit cta phuong trinh sin5x+2c0s® x =1 ¢6 dang %a véi a,b lacac

sd nguyén va nguyén td cung nhau. Gia tri ca biéu thic S=a+b 1a

A. 3.

B. 7.

C. 15.

D. 17.
Cau 16. Trong cac phuong trinh sau, sé cac phuong trinh vo nghiém la

(I) /3sinx=2. (IV) cot? x—cotx+5=0.

(V) ~/3sin2x—cos2x = 2.

(D) 1sin 2X :l.
4 2 (V1) +/3sinx—cos x = -3.

(1) 2sinx+3cosx=1.

A. 3. B. 4. C.5. D. 6.
Cau 17. Nghiém cua phuong trinh sin x+cosx =1 la
x=k2rx
Al £ (k e 7). B. x="+k2z(k eZ).
X=—=+k2xr 4
L 2
x="1k2x
c| 4 (k e7). D. x=k2z(k €Z).
T
X=——+k2rx
L 4

Cau 18. Gia tri ciia m dé phuong trinh msin x+5c0s X = m+1 c6 nghiém la
A.m=24. B.m>12. C. m<24. D. m<12.

CAau 19. Nghiém cua phuong trinh (x/§+1)sin2 X — 2+/3sin xcosx+(\/§—1)(:os2 x=0 la

T
=24k
AT (Vs keZ tana =2-43).
| X=a+krx
_X——£+k7r
B.|" 8 (Véi k e Z,tanar = —1++/3).
 X=a+krx
_X—£+k7r
C.|” 8 (Véi k e Z,tana =1-+/3).
| X=a+kr
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T
_ Tk
D. | *T 72 T (Véi ke Z tana =—2+-03).
X=a+kr

Cau 20. Gia tri nguyén 16n nhét ctia a dé phuong trinh asin? X+ 2sin 2x+3acos’ x =2 c6 nghiém
la
A a=2. B. a=1. C.a=-1. D.a=3.

Cau 21. Phuong trinh sin (2x z

S
N—

=sin (X + 377[] c6 tong cac nghiém thudc khoang (0; ) bang

3 1

A B. 2. c. = D. 7.
2 4 2
Cau 22. S6 nghiém cua phuong trinh 2c0s® x+cosx—3=0 trong khoang (0,37) 1a
Al B. 2. C.3. D. 4.

Cau 23. Nghiém cta phuong trinh 2sin* x—-5sinx+2=0 cé dang x=a +k2z(k €Z) va
x=pB+k2z(keZ). Biét a,ﬂe(—%;ﬁj va a < f.Khido, hiéu f—a la

A ﬂ—a=%. B. ﬁ—a=%. C. ,B—az%. D. f-a=2Z.

CAu 24. Nghiém cta phuong trinh 3sin® x—2cosx+2=0 la
A. X:%+k7z,keZ.

B. x=kr,k e Z.
C. x=k2r,k e Z.

D. X:%+k27z,keZ.

43

Cau 25. Xét phuong trinh tan® x —Ttan X+1=0 trén doan [0; 37r]. Chon dap an ding?

A. Phuong trinh c6 5 nghiém.

B. Phuong trinh c6 4 nghiém.

C. Phuong trinh c6 6 nghiém.

D. Phuong trinh c¢6 3 nghi€ém.

(A—2cos x)(1+cos x)
1+ 2cos x)sin x

Cau 26.* Phuong trinh =1 c6 bao nhiéu nghi¢m thudc khoang (0;20187x)?

A. 3025. B. 3026.
C. 3027. D. 3028.
Hinh hogc

Cau 27. Cho tam giac ABC vudng tai A c6 AB=3, AC=4.Phép vij tu tdm B ti s6 k =3 bién
tam giac ABC thanh tam giac A'B'C’. Dién tich S cua tam giac A'B'C’ bang

A. 12 gdvdt. B. 54 dvdt. C. 48 dvdt. D. 18 dvdt.
Cau 28. Trong mit phang toa do Oxy , anh ctia duong tron (C): (x+1)2 +(y—3)2 =4 qua phép tinh

tién theo vecto v = (3; 2) la duong tron c6 phuong trinh

A. (x+2)" +(y+5)" =4. B. (x-1)"+(y+3)’ =4.
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C. (x-2)"+(y-5)" =4 D. (x+4)"+(y-1)° =4.
Cau 29. Cho duong thang(d):2x—y+1=0, duong thang ndo trong céc dudng thang c6 phuong
trinh sau 1a anh cua (d) qua phép quay Q(o;—go‘) :

A. x-2y+2=0. B. x+2y-1=0. C. 2x-y-2=0. D. 2x+y-5=0.
Cau 30. Trong hinh lyc gidc déu ABCDEF tam O. Phép quay Q bién diém E thanh diém

(0.1207)

nao?

E D

A. C. B. A C. D. D. F.
Cau 31. Trong cac khang dinh sau, khang dinh nao sai?

A. Phép tinh tién bién doan thang thanh doan thang bang no.

B. Phép quay bién dudng thang thanh duong thang song song hoic triing véi né

C. Phép tinh tién bién tam gi4c thanh tam giac bang no.

D. Phép quay bién duong tron thanh duong tron ¢ ciing ban kinh.
Cau 32. Trong cac ménh dé sau, ménh dé nao sai?

A. Qua ba diém phan biét khéng thang hang xac dinh duy nhat mot mat phang.

B. Qua hai dudng thiang cat nhau xac dinh duy nhat mot mit phang.

C. Qua hai duong thang xac dinh duy nhat mot mat phang.

D. Qua mét dudng thang va mot diém khong thude nd xac dinh duy nhat mot mit phang.
Cau 33. Cho hinh chop tir gidc S.ABCD (theo hinh v& minh hoa dudi day). Goi M 1a diém thudc
canh SC , N 1a mot diém thudc canh BC, O 1a giao diém cua AC va BD. Giao diém cua SD véi
mat phang (AMN) la

S
\
\
K\\
NyJ
| X
- \\
P \
S — — o — =L — B
\::‘-~_ \ \
I P . N
_-T0T S~ _
-~
D C
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A. diém P v6i AM N SD.

B. diém K véi K=1JNnSD, | =DCNAN, J=SDAM.

C.diém K v6i K=1JNnSD, | =SON AN, J =BDN AM.

D. diém K véi K=1JnSD, J=SONAM, | = AN NBD.
Cau 34. Cho hinh chép S.ABCD c6 day ABCD la mét tir giac
( AB khong song song véi CD). Goi M 14 trung diém caa SD,
N 1a diém trén canh SB sao cho SN =2NB, O la giao diém
cia AC va BD. Goi d la giao tuyén cua (SAB)va (SCD).
Nhan xét nao sau day la sai?

A. d cit CD. B. d cit MN.

C. d cat AB. D. d cat SO.

B

A. (SBA) va (SBC). B. (SAD) va (ALD).
C. (SBC) va (SBD). D. (SAB) va (ALD).
Cau 36. Cho hinh chép S.ABCD c6 day 14 hinh thang ABCD, AD//BC . Goi | 1a giao diém cua
AB va DC, M latrung diem SC. DM cat mat phang (SAB) tai J . Khang dinh nao sau déy sai?
A. S, |, J thang hang.
B. DM < mp(SCI).
C. JM c mp(SAB).
D. SI =(SAB)(SCD).
CAu 37. Cho tir dién ABCD. Goi M, N lan lugt la trung diém AB va CD. Mat phang () qua MN
cit AD va BC lan luottai P, Q. Biét MP cit NQ tai | . Ba diém nao sau ddy thang hang?
A. 1, A, C. B. 1, B, D. C.1,A,B. D.1,C, D.
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Cau 38. Cho hinh chdp S.ABCD c6 hinh biéu dién nhu sau.
Khang dinh nao sau day 1a sai?
A. Nét vé BE la nét dut.
B. SO va ED 1a nét dit.
C. SO va EC cit nhau.
D. Bén diém E, B, C, D khéng dong phang.

Cau 39. Cho hinh chép S.ABCD, G la diém nam bén trong tam giac SCD. Goi E, F lan luot Ia
trung diém ctia cdc canh AB, AD. Thiét dién ctia hinh chép khi cit béi mét phang (EFG) la

A. Tu giac. B. Tam giac. C. Ngi giac. D. Luc giac.
Cau 40.* Cho tir dién ABCD c6 cac mat la nhitng tam giac déu co do dai cac canh bang 2a. Goi
M,N lan luot I3 trung diém cac canh AC, BC va P la trong tam tam giac BCD. Mit phang
(MNP) cit tu dién theo mot thiét dién co dién tich la

2 2 2 2
A.a;/ﬁ. B.af. c.af. D.a;/ﬂ.

Ghi cha:
1. Hoc sinh 1am bai vao mét quyén v riéng va nép lai cho gido vién gidng day.
2. C4c bai c6 ddu (*) 1a bai tap danh cho Iép nang cao, c6 dau (**) 1a bai tdp khong bdt bugc.
Ngay 26 thang 9 nam 2021
Gi4o vién bién soan Phé duyét ciia té truéng
1. Pang Lwong Phu.
2. Hoang Thi Uyén.

Hoang Minh Co
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