Group: HOI PAP TOAN HOC — Page: Toan danh cho nhém 9+ va gido vién

CHUYEN DPE
CO LAP PUONG THANG
TRONG BIEN LUAN PO THI HAM SO CO CHUA THAM SO

A. Cosé ly thuyé'g chung ’
I. Cac phép bién doi do thi ham so
1. Phép tinh tién theo véc to' U =(a;b)
Bai toan: Cho do thi (C) ciahamsd y = f(x)
tim 6 thi (C') cuaham sé y=F(x) thu duoc khi
tinh tién (C) theo véc to u= (a;b).

Céch vé:
- MB&i diém A(x,;y,) thude b thi y = T (x) L
cho tamot diém A'(X',;y') thusc ddthi y=F(x).
Khi do;
m:ac}{x'o—xozag{xozx'o_a
Yo Yo=b (Yo=Y, b

- Dbieém A'(x';; vy, ) =(C') nény'y = F(x',)
- Diem A(Xy;¥,)<=(C) nén y, = f (%)< y,—b=f(x\,—a)

Do do:
{ylozF(Xlo) <:>{y|0:|:(x'0)
y'o_b:f(xlo_a) F(X'o)_b:f(xlo_a)

=y, =f(x,—a)+b
Vay sau phép tinh tién ta thu duoc dd thi (C) A y=f(x—a)+b
Bai toan nghich: V& d6 thi ham s y = f (x+m)+n tir d6 thi y = f(X)

:F :f —a b = — -
y (X) (X )+ tacé:{a m

Céch vé&: Pdng nhat u=(-m:n
€ Dong a{y:f(x+m)+n b=n =u=( )

Ghi nhe:
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Pé thu dugc (C'):y = f(x+m)+n tir (C):y=f(x) tadich chuyén dd

thi (C) sang trai m don vi va |én trén n don vi.

Ap dung:
Vidu 1: Chohamsé y = f(x) = x* -1, v& d6 thi cac ham sb

a) y=1f(x)+3
b) y=f(x-2)
c) y=f(x-2)+3

Giai: y=f(x)=x"-1

3 s 4 2 ‘/ 2 4 [
a) y=f(x)+3=u=(-m;n)=(0;3) tadich 4
chuyén 1én trén 3 don vi
L/
b) y=f(x—2)=u=(-m;n)=(2;0) tadich \
chuyén sang phai 2 don vi
4 22 Y 2 4

c) y=f(x-=2)+3=u=(-m;n)=(2;3) tadich
chuyén sang phai 2 don vi va Ién trén 3 don vi ¢

https://www.facebook.com/groups/traloinhanhmontoan/



https://www.facebook.com/groups/traloinhanhmontoan/

Group: HOI PAP TOAN HOC — Page: Toan danh cho nhém 9+ va gido vién

2. Phép d6i xing qua truc Ox
Bai toan: Cho db thi (C) ctia ham sé y = f(x), vé& dd thi (C') cua ham sb
y=]f(x)|.
Cach v&: Tai nhitng diém A(x,;Y,) trén (C) qua phép ddi ximg qua truc Ox cho
diém A'(x,;-Y,) thude do thi (C'). Ta ludn c6: J

{ylo = Y0, VY, 20
ylo :_yoivyo <0

Do d6 ta c6 46 thi (C') bao gdm phén db thj (C) . B

c6 tung d6 khdng am va tap hop nhiing diém dbi
xung véi (C) khi (C) c6 tung d6 am.

Ghi nhe¢:

D¢ thu dugce db thi (C') cira ham sb y =|f (x)| tir dé thi (C) cua ham s6
y = f(X), ta gilt nguyén phan d6 thi (C) & ntra trén truc Ox va lay déi xtng
v6i d thi (C) ¢ nira dudi truc OX.

Ap dung

Vidu 2: Chohamsé y = f(x) = x?—1, v& d6 thi cac ham sb

a) y=|f(x)
b) y=|f(x-2)|
) y=|f(x)-3

d) y=|f(x—2)-3

e) y=[f(x-2)-3+4

Giai:

a) V& do thi ham s y = f(x) roi lay doi
xang phan bén dudi truc Ox f
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b) V& ddthihamsé y= f(x—2) rdi
lay di xtmg db thi thu duoc

c) V&do thi ham s y = f(x) -3 rdi lay ddi
xung d6 thi thu duoc

d) Veddthihamsd y=f(x—2)-3rdi
lay ddi xtmg dd thi thu duoc \ \ ;

e) Védothihamsé y=f(x—2)-3,
lay di xtmg dd thi thu duoc rdi dich
chuyén 1én trén 4 don vi
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3. Phép doi xirng qua truc Oy

Bai toan: Cho db thi (C) ctia ham s6 y = f(x), vé& dé thj (C') cua ham sb

y=f(x).

Céach vé:

Tai nhitng diém A(x,;Y,) trén (C) qua phép doi
xtng qua truc Oy cho diem A'(=x,;Y,) thudc do thi
Y'o=f(X) VY, 20

C'). Taludn c6:
( ) {ylo: f(_xo)’VYO<O

Do d6 ta cé @b thi (C') bao gdm phén b thj (C)

co

hoanh d¢ khdng am va tap hop nhimg diém déi ximg véi (C) khi (C) c6 hoanh do

am.

Ghi nhe¢:

xtng qua truc Oy sang bén trai.

Dé thu duge db thi (C') cia ham s y =  (x|) tir dd thi (C) cua ham s6
y = f(x), gitt nguyén phan d6 thi (C) ¢ nira bén phai truc Oy va lay doi

Ap dung

Vidu 3: Chohamsé y = f (x) = x* —2x—1, vé& db thj cac ham s6

a) y="f(x)
b) y=f(x-2)
c) y=f(x+3)

d) y= f(|X—2|+3)
e) y=f(x-2[+3)+4

Giai:
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a) V& d6 thi ham sé y = f(x), gitt nguyén phan db
thi (C) & nira bén phai truc Ox va lay déi xting qua
truc Oy

b) V& dothi hamsé y = f (x—2), giit nguyén
phan do thi (C) & nira bén phai duong thang x =2

va lay ddi xang qua dudng thang x =2

c) V&do thi ham s y = f(x+3), giit nguyén phan do
thi (C) & nira bén phai truc Ox va lay dbi xtng qua truc
Oy

d) V& d6 thi ham sé y = f(x+1), gitt nguyén phan d6
thi (C) & nira bén phai dudng thang x =2 va lay doi xing
qua duong thang x =2

e) V&dothihamsb y= f(x+1), giit nguyén phan
do thi (C) & nira bén phai duong thang x =2, lay doi
xung qua duong thang x =2 rdi tinh tién 1én trén 4 don
Vi
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I1. Cac ham sé chira tham s6 m &p dung dwoc phwong phap ¢ 1ap dwong thing
Phuong phap nay chi 4p dung duoc voi tham sé m xuat hién mot 1an trong ham sé.
Vi cac ham s ¢6 nhiéu 1an xuat hién tham s6 m, ta sé& r(it gon vé dang M =u(m) la
mét biéu thirc duy nhat chira m.
Vi du 4: R(t gon c4c ham sé dé thu dugce phuong trinh chi chtra 1 hang ti ¢6 biéu
thirc chira m
Giai:
a) y=f(x)=x+m, M=m
b) y=f(x)=x*+2m-m?,tadit M =2m-m*s&co y= f(x) =x*>+ M
) y=f(x)=x*+2mx—m, ta bién dbi nhu sau:
y=f(X)=x*+2mx—m=x*+m(2x—1)

g t+1 . t+1Y
Datt:2x—1:>x:7 nén x°+m(2x-1) = E + mt

R t+1)’
Vay y=g(t) = e +mt

0 y=x*—f(m)x+ f(m)
f(X)=x+3
y=f(X)=x*=f(m)x+ f(m)=x*—f(m)(x=1) =(t+1)> =Mt = g(t)
Do d6 y=g(t) = (t+1)* — Mt
. {M =—f(m)=-m-3
Vi

ta bién doi nhu sau

t=x-1

Ghi nho:

Nhitng ham sb c6 tham sé m tu do (khong di cung bién) hodc tham sé m
xuat hién & duy nhat méot hang ti chaa bién hozc tham sé m xuat hién &
nhiéu hang tir nhung dong bac, ta c6 thé dua vé mot biéu thac M duy nhét
chura tham m.

Ké tir day, moi ham sb chtra duy nhat mot tham sé m xuat hién hoac co thé dwa vé
dang ham so6 chira duy nhat mot biéu thiee M =u(m) chira tham s6 m xuat hién, ta déu
coi M la m.
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I11. Co lap dwong thang

Moi ham sé y = f (X) déu c6 thé biéu dién dudi dang tong ciia mot ham sé y = g(x)
c¢6 dd thi (C) va mot ham sb cua duong thang Ay =h(x)=kx: y=f(x) = g(x) + kx.

Khi g(x) co nghiém Xo g(Xo) =0< g(xo) + h(xo) = h(Xo) < f (Xo) = h(xo)
Nén phuong trinh f (X) =h(X) cling c6 nghiém X,

Do d6, ta ludn v& duge duong thang A va do thi (C) giao nhau tai diém c6 hoanh d6
la nghiém cua phuong trinh g(x) =0

Vi y=f(x)=g(x)+h(x) chi chita mot tham sé6 m nén s& xay ra 2 trudng hop sau:
+ m nam trong g(x), ta ¢ dinh duoc A
+ m nam trong h(x), ta c6 dinh dugc (C)

Budc con lai 1 vé 2 d6 thi trén cing hé truc Oxy roi bién luan tuong giao gitta 2 do
thi dé tim gia tri m. Néu cha M ta giai tiép phuong trinh M =u(m) dé tim m.
Ghi nhe:

C6 lap duong thang

- Biéu dién ham y = f(x) = g(x) + kx

- Giai g(x) =0 co6 cac nghi¢m x

- y=f(x) cat y=kx tai cac diém c6 hoanh do x.
- g(X)>0< y=f(X) namtrén y =kx

- g(X) <0< y=f(x) nam dudi y =kx

- Xéc dinh céc yéu té cb dinh khac ‘

- Tim trudng hop tuong giao tp()a man d¢ bai

- Giai h¢ diéu kién tim tham so
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B. C4c dang toan dién hinh

I. Bién luan vé sé diém cuc tri cia biéu thirc chira dau gia tri tuyét déi theo m

1. Ham 6 y = f(x)=|ax* + bx+c|+dx+e

Xéthamsé y = f(x):‘ax2+bx+c‘+dx c6 dd thi (C) vahésé a>0 (néu a<0,

ta c0 |ax’ + bx +¢|=|-ax’ —bx—c| c6 —a>0va ham s6 y =|ax” +bx +c|+dx +e

hoan toan gidng ham sé y = ‘ax2 +bx + c‘ +dx vé hinh dang cling nhu sb diém cuc

tri).
Pit y=g(x) =ax® +bx +c, dudng thang A:y=h(x) =dx,
k(x)=—-g(x) +h(x) =—ax® + (d —b)x —c ¢6 diém cuc tri A(xo; k(xo)), X, = d-b
Agix A Do thi minh hoa Piéu kién S6 cuc tri
<0 b?<4ac (1) |1 cyctiéu
Nura trén ,
mit phang b® > 4ac 2) 1 cuc dai,
khong X, € (xl; x2) 2 cuc tiéu
chtra A
>0
Nira dudi b? > 4ac B
mat phang () | 1cycticu
bo A Xo & (Xl’ Xz)
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Xét (1) dung ca cho truong hop a<0 vi (—=b)? —4(-a).(—c) =b* —4ac

Xét (2):
2
{b2>4ac b> dac
<9 _h_ 2 _ _ 2
XOE(Xl;XZ) b \/; 4ac<d2 b< b+\/2b 4ac
a a a

< b?—4ac>d?

Két qua nay cling dung cho a <0

Xét (3):
b% > 4ac
b? > dac d—b<—b—\/b2—4ac .
(X_X)<:>< 2a 2a <d 2b"-4ac>0
X e(X;
T d-b_ -b+vb?~4ac
| 2a 2a

Két qua nay cling dung cho a <0
Ghi nho:

Tim m dé do thi ham s y = f (x) =[ax® +bx+c|+ dx+e co:

-1 diém cyc tri (cuc tiéu): d? >b? —4ac
- 3 diém cyc tri (c6 cuc dai): d? <b? —4ac

Vidu 5: Chohamsé y = f(x) :‘x2 —4x+3‘+ mx. C6 tat ca bao nhiéu gié tri
nguyén cia m dé ham sé y = f (x) c6 3 diém cuc tri?

Giai:

Xéthamsé y = f(x) =|x* —4x+3/+mx c6 dd thi (C), ham sb
y = g(x) = x* —4x+3 va duong thang A c6 phuong trinh y =h(x) =mx,
f(x)= |g(X)| + h(x).

Nhan thiy g(x) =0 c6 2 nghiém x=1x=3 nén (C) cat A tai 2 diém phan biét
B(L;m) va C(3;3m).
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Trong khoang [1; 3], (©) A
f(X)=—g(X)+h(x)=—x*+(Mm+4)x-3 ‘
nén dd thi ham s6 y = f(x) c6 diém cuc 70| p

3

tri A(X,;Y,) tai X =mT+4. pé y=f(x)

c6 3 diém cuyc tri thi cuc tri A(X,;Y,) K
thudc ntra trén mat phang bd A va khong Jds .
chta A, tuong duong 1< x, <3, nén

er4<3<:>—2<m<2. -

W] = -

1<

Vay ¢6 3 gia tri m thoa mén bai toan.
Gidi nhanh
d’<b’-dacem’ <4d<=-2<m<?2

Vi du 6: C6 bao nhiéu gia tri nguyén cua m thudc [-2020;2020] dé ham so
y =X+|x* = 2x+m| c6 cyc dai.

Giai:

Xéthamsé y = f(x):x+‘x2 —2X+ m‘ c6 do
thi (C), hamsé y =g(x) = x> — 2x+m c6 db thi o
(C,) vaduong thang A c6 phuong trinh
y=h(x)=x. f(x)=|g(x)|+h(x)

Pé y = f(X) c6 cuc dai thi phai thoa mén dong &

x
[ L PR WSy S

thoi ca 2 diéu kién: ‘ ,
+ (C) cét A tai 2 diém phan biét B(x,;d(x,)) Ty
va C(x,;d(x,)) hay g(x)=0 c6 2 nghiém phan ]
biét x,, x, (1).
+ biém cuc tri A(X,;Y,) ciaham sé y=—g(x)+d(x) =—x*+3x—m thudc nira

trén mat phang bo A va khong chira A hay x, < % <X, (2).

Tur (1) va (2) ta co:
A’ =1-m>0

9(x)=0
3 om<=

X <=<X 4
2 2
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Vay ¢6 2021 gia tri m thoa man bai toan.
Giai nhanh:

d2<b2—4ac<:>1<4—4m<:>m<%

2.Ham sé y = f(x)= Hax2 +bx + c‘ + dx‘
bat g(x) =ax® +bx+c, h(x) =|g(x)|+ dx, twong ty ta chi xét trong pham vi a >0

vad=0.
a) Truong hop 1: g(x) =0 vd nghiém hoac c6 nghiém kép

Ageo A D4 thi minh hoa S6 cyc tri
Khéng ,
thap hon 1 cuc tiéu
Ox

<0
Thép hon 1 cyc dai,
Ox : 2 cuc tieu

- Ham s6 ¢d 1 cuc tiéu khi:

b*>—4ac<0 o’ 430 <0
—4ac<

h(x):ax2+(b+d)x+c<:>{ ,

Ay <0 (b+d)°—4ac<0

- Ham sb ¢d 2 cuc tiéu, 1 cuc dai khi:

b*>-4ac<0 o’ 430 <0
—4ac<
h(x)=ax* + (b +d)x+c <
(b+d)*—4ac>0
Apy >0
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b) Truong hop 2: g(x) =0 c6 2 nghiém phan biét x,, x,. Puong thang y = dx
tiép xtc dudi véi do thi ham s6 y =h(x) tai 2 diem B(x,;d(x,)); C(x,;d(x,))
Pt k(x) =—-g(x)+d(x) =—ax’ +(d —b)x —c, cuc tri A(x,;k(X,)) co

2
WLE: :ALb—d (b—d) —4ac]

2a 4a

- Néu B, C déu khong nam dudi truc Ox, ta c6
d.(x, +x,)>0 bd <0
=
d.x.d.x,>0 c>0

2a ’

d.x, >0, d.x220:>{

Khi d6 f(x)=|ax® +bx+c|+dx. Theo két qua muc B.I.1.
+ D) thi ham sé c6 2 diém cuc tiéu, 1 diém cuc dai khi

bd <0

c>0

d* <b®—-4ac
+ Db thi ham s6 c6 1 cuc tiéu khi

bd <0

c>0

d?>b*-4ac>0

4 2 N - C - O
- Neéu 1 trong 2 dieém B, C nam dudi truc Oy, suy ra ¢ <0 hoac { 450 theo
>

két qua tir muc B.1.1. thi:
+ D6 thi ham sé ¢o 1 diém cuc dai, 2 diém cuc tiéu khi

[(c=0

{bd >0

c<0

d’>b*-4ac>0

+ Do thi ham s6 ¢6 2 diém cuc dai, 3 diém cuc tiéu khi
[(c=0

{bd >0

c<0

d? <b*-4ac
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- Néuca2diém B, C déu nam duéi truc Oy, suy ra bd >0va ¢ >0, khi do:
+ A khong cao hon B hozc C. Do thi ham sb ¢6 1 diém cuc dai, 2 diém cuc
tieu:

c>0
bd >0
d?>b?-4ac>0

+ A cao hon ca B va C nhung khéng cao hon Ox. P thi ham s c6 2 diém
cuc dai, 3 diem cuc tiéu khi d6

c>0
c>0
bd >0 bd >0
d*<b’-dac <32 12 4o
2
(b-d) _4acgo k(b—d)2—4aCS0
4a
+ A cao hon Ox. D6 thi ham sé co 3 diém cuc dai, 4 diém cuc tiéu khi do
c>0 c>0
bd >0 bd >0
d2<b2—4aC = d2<b2_4aC
2
(b‘dz —%C o |(b-d) —dac>0
a
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Tong hop lai két qua:

Tim sb diém cuc trj caa dd thi ham s§ y = f(x) = Hax2 +bx+¢|+ dx‘ V6i

d=0,a=0
, abd <0
o . |b®=4ac<0 5
- Mot diem cuc tri: bedY 4 Ohoac ac>0
—4ac<
(b+d) d?>b*>-4ac>0
) abd <0
2 ~|b*=4ac<0 s 5
- Badiém cuc tri: b d)? 4 Ohoac ac>0 hoac
—4ac
(b-+d) g d? <b?-4ac
c=0 0
ac
abd >0 ”
hoac {abd >0
ac<0
d?>b*>-4ac>0
d?>b?>-4ac>0

c=0 ac>0

- Nam diém cyc tri: {abd>0 hoic 2bd >0

"7 |lac<0 " 1d® <b®—4ac
d* <b®—4ac (b—d)* —4ac<0
ac>0
i abd >0

- Bay diém cuc tri: 42 <b? — dac

(b—d)’ —4ac>0

Vi du 7: (TTLT Thanh Chuong — Nghé An lan 5 nam 2020): Cho ham s
f(X) = |x* —10x +16|+ mx. C6 bao nhiéu gié tri nguyén ciia tham sé m dé ham sb
g(x) =|f (x)| c6 dung 5 diem cyc tri.

Giai:

Pat h(x) = x* —10x +16, u(x) =mx.

Do thi y=f(x) vd y =u(x) nhu hinh
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Nhan thdy néu m>0 thi y=g(x) = f(x) nhu
hinh trén nén co tbi da 3 cuc tri.

Vay m< 0, khao sat qua ‘céc truong ,hQ’p cua
duong thang y=d(X) va do thi ham so y =h(x)
ta co két luan dé do thi ham s6 g(x) =|f (x)| c6 5
diém cuc tri thi diém cuc tri M (x,,;Y,,) cia ham

s6 y =—h(x) +u(x) =—x2+ (10+ m)x —16 phai thoa \ v /
mén ddng thoi '
2<%y, <8
& -5<m<L-2
Ym <0
Vay c6 4 gid tri cia m thoa méan dé bai.
Gidi nhanh:
ac>0 L0m <0
abd >0 —ms
42 <b? _dac & m? < 36 & -6<m<2
2
~10— —64<
\(b—d)2—4ac£O (-10-m)"-64<0

I1. Bién luan vé nghiém ciia phwong trinh

Vi du 8: Tim tap hop tat ca cac s6 thuc m dé phuong trinh 2** =log, (X + 2m) + m
cd nghiém?

Giai:

2" =log, (X +2m) + m <> 2* =log, (X +2m) + 2m

< 2"+ x=(x+2m)+log,(x + 2m)

& 2+ x = 2" 4 Jog, (X +2m)

Pt f(t)=2"+t, f'(t)=2In2+1>0 do d6 y = f(t) dong bién trén R, phuong trinh
da cho tuong duong: f(x) = f(log,(x+2m)) < x=log,(x+2m).

Xét ham s6 y = g(x) =log, x c0 tiép tuyén (A) tai x,song song véi duong thang (d)
y = X thi phuong trinh trinh tiép tuyén Ia

Y=Y :g'(Xo)(X_Xo) 1

Lo 1
1 1 = (A):y=Xx In2+|0gzln2
X,In2

g l(Xo) =

Do d6 tiép tuyén (A,,) cuaham s y = g(x+2m) song song vai (d) Ia
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1 1
A X+2m—-——+1lo
(A):y= o T109: 5

Nhan thay nghiém cta phuong trinp
X =10g,(Xx+2m) la hoanh d¢ giao diém cua
duong thang (d) va do thi ham sé
y =g(x+2m), 2 dd thi ndy c6 giao diém khi
tiép tuyen (A,,) trang véi (d) hogc léch vé

bén trai so véi (d), do d6 giao d1em vm s
truc Ox c6 hoanh d¢ khong duong, hay / /

1 1 1
—(2m-—+log, — O<:>m>—+—|o In2
( In2 gz| 2) 2In2 2 J

Vidu9: Cho f(x) la ham da thirc bac hai c6 \ :
d6 thi nhu hinh v&. Goi S 1a tap hop céc gia tri

nguyén &m caa tham s6 m dé phuong trinh
5f (|x) = mx—m—10 c6 4 nghiém phan biét. S6

phan tir cua tap hop S 132
Giai:
Ham sé da cho 13 ham bac 2 nén c6 dang y = f (x) = ax® + bx +c¢ di qua cac diém
(0;-1),(2;-3),(4;-1) nén co phuong trinh 1a y = f(X) :%Xz —2x-1.
batt=x-1,
5f(X)=mx-m-10< f(jt+1)+2=—
Trén cung hé truc toa do Oty , xét do thi » M
(C) ciahamsé y=g(t)=f (ft+1)+2 va !

N2
duong thang A:y:%t. \/ :

Dé duong thang A va (C) cit nhau tai 4 diém, va vi A c6 hé s6 goc am nén A bj
gidi han khoang gitra truc Ox va duong thang A, . D& tim dugc toa d M (1;1) nén
duong thang A, qua M (1;1) va O(0;0) 1a y=—t

hY A A z 9 \ 7 m
Dua vao hé so goc cua A va A,, ta co: —1<€<0<:>—5<m<0.

Vay c0 4 gia tri cia m thoa méan bai toan.
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I11. Bién luan vé gia tri l6n nhat va gia tri nhé nhat cia ham sé
1. Tim diéu kién dé gia tri nhé nhat cia ham so6 f(x) = ‘ax2 +bx +c|+dx+e dat
gia tri l6n nhat
Xétham sb y = f (x) =[ax’ +bx +¢|+dx c6 dd thi (C) véi a>0,
g(x) = ax® + bx +c¢ va duong thang A:y = h(x) =dx.
a) Truong hop ¢ >0, db thi ham s6 y = f (x) :
ludn di qua (0;¢) nén Min[ f(x)]<c do do \/

Min[ f (x)] dat Max = tai x=0, khi do :

f'(0)=0<b+d=0 : -
b) Trudng hop c<0<>ac<0, g(x)=0 c6 2 nghiém tréi dau x,, x, thi (C) tiép

xUc trén véi A tai B(x;h(x,)), C(%,;h(%,)). Néu d =0, ludn c6 hodc B hogc C

ndm duéi truc Oy nén Min[ f(x)]<0«<d =0

Ghi nhé

Tim diéu kién dé gia tri nho nhat cua ham sé

y= f(x):‘ax2+bx+c‘+dx+e (a>0) dat gia tri 16n nhat
- Néuc>0, Min[f(x)]=c<b+d=0
- Néu c<0, Min[f(x)]=0<d =0

Vi du 10: Tim m dé gia tri nho nhit cia ham s6 y = f (x) :\xz — 4%+ 3|+ mx dat
gia tri 16n nhat.

Giai:

Xétham séy = g(x) = x? —4x +3 va dudng
thang y =h(X) =mx nhu hinh v&

Nhan thdy ham sé f (x) luon qua diém (0;3) véi
moi m nén Min[ f (x)]<3. Dé Min[ f (x)]=3 thi
tai lan can 0, g(x) >0 nén
f(x) =[g )|+ h(x) = g(x) + h(x) = x* + (M- 4)x +3

dat cuc tiéu tai x=0. Hay: mT_4=0:>m:4

Giai nhanh
b+d=0&m=4
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Vidu 11: Cho hamsé f(x) = ‘xz + mx+ﬂ — 2X. Gia tri nho nhat cia ham sé f (x)

dat 16n nhat thi m bang bao nhiéu?

Giai:

Tuong tu cau trén. Dat g(x) =x*+mx+1, g(0)=1>0 nén tai x=0,
f(X)=x>+mx+1-2x, f'(xX)=2x+m-2, f'(x):0<:>x:—mT_2

Vi f(x) ludn qua diém (0;1) nén ¢é Min[ f (x)] dat Max=1 thi
M2 hem=2

2

Gidi nhanh

b+d=0&m=2

Vidu 12: Cho ham sé f(x) = ‘xz +mx + 3|+ 2x. Khi gié tri nho nhat caa ham sé

f(x) dat gia tri 16n nhat thi m bang bao nhiéu?
Giai:
Hoan toan tuong ty: m=-2
Giai nhanh
b+d=0<m=-2

2. Mt sé dang toan twong tu

Vi du 13: Cho ham sé f(x):\zx2 —mx—1\+2x. Biét gia tri nho nhat cua f (x)

bang -2. Tim gia tri cia m?
Giai:
Pat y=g(x)=2x*—mx -1 va y =h(x) = 2x
Nhan thay d6 thi ham s6 g(x) luén qua diém
(0;—1) nén g(x) cat tryc hoanh tai 2 diém c6 hoanh

do x, <0<x,.

l9(x)| >0, dau bang xay ra tai x, X, :
= f(x) =]g(x)|+h(x) > h(x), dau bang xay ra tai \

05

X Xo
Vay gia tri nho nhat cia f (x) bang h(x,)
Dod6 2x =2 x =-1

X;, X, 1a2nghiém cua g(x)=0 nén

Sommmmmm——ms

——————
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m
x1+x2:—1+x2:5
>m=-1
« =—x. =1
X:L' 2 2 2

Vi du 14: Véi mdi k, goi m, 1a gia tri nho nhét ciia ham sé
f(x)= ‘xS —3X+ 2‘ —x? —kx+k (k 1atham sé thuc, biét m,_ dat gi4 tri I6n nhét, tim
k?
Giai:
batt=x-1
F(X) =[t*(t+3)|— (t+1)° —kt
F(X) = |x* =3x+ 2| x* —kx+k =|(x=1)° (x + 2)| = X" —k(x~1)
Theo gia thiét f(x)>m,, Vx> [t*(t+3)|— (t+1)* 2 kt+m,, vt
Xét d6 thi (C) ciia ham s6
y=g(t)=[t’(t+3)| - (t+1)* hay
{ﬁ +2t2 -2t -1Vt >-3
gl)=y ., ,
7+ 4 -2t-1,vVt<-3
duong thang A:y = h(t) =kt + m, trén
cung hé truc toa @ Oty nhu hinh vé. Vi
g(t)>d(t), vt va dau bang cé xay ra nén
A ludn tiép xtc dudi véi (C). Trong cac
truong hop caa A thi truong hop A, cho
m, 16n nhat. A 1a tiép tuyén cia (C) tai

va

N va di qua M (-3;—4) nén ta c6 phuong trinh A:y = %t ~7 Vay k =
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Moi thic mac, gop y xin lién lac:

= Nhdm Facebook:
https://www.fb.com/groups/traloinhanhmontoan/

= Page: Toan danh cho nhom 9+ va giao vién

= Té&c gia: Trung Truc 0919469889

Pat hang giéo an, tai liéu hogc soan thdo dé Toan xin lién hé:

Trung Truc 0919469889

Péng gdp givip d tac gia qua Sé tai khodn:
= Techcombank:
o TRAN TRUNG TRUC
o STK:19035284071017
o Chi nhanh: Phi Tho — Ho Chi Minh
= MB Bank:
o TRAN TRUNG TRUC
o STK:9704229212401678
o Chi nhanh: Hoi so chinh — Ha Noi
= Momo, Viettel Pay: 0919469889

Tac gia xin chan thanh cam on!
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