Chuyén dé NGUYEN HAM - TiCH PHAN Luyén thi THPT 2025

Chu dé 1:
o NGUYEN HAM

I.LY THUYET

1. Nguyén ham ctia mét ham sé
Cho ham s6 f (x) xac dinh trén mot khoang K (hodc mot doan, hodac mot nira khoang). Ham
sO F(x) duoc goi la mot nguyén ham cua ham sd f(x) trén K néu F’(x):f(x) voi moi x
thudc K.

Chuy.
Truong hop Kz[a;b] thi cac dang thic F’(a)zf(u) va F'(b)=f(b) dwoc hiéu la dao ham
bén phai tai diém x=a va dao ham bén trai tai diém x=b cia ham s6 F (x), tire la:

F(x)-F(a F(x)-F(b
im S ) v i S ),

Nhén biét ho nguyén ham ctia mét ham s6
Gia s F(x) la mot nguyén ham cua f(x) trén K. Khi do:
a) V6i moi héng sO C, ham so F (x) +C cing la mot nguyén ham cua f (x) trén K;
b) Néu ham s8 G(x) 1a mot nguyén ham ctia ham s6 f(x) trén K thi ton tai mot hdng s6 C
sao cho G(x) = F(x) +C véimoi xeK.
Nhu vay, néu F (x) la mot nguyén ham cua f (x) trén K thi moi nguyén ham caa f (x) trén
K déu c6 dang F(x)+C,C l1a hing s3. Ta goi F(x)+C,(CeR) 1a ko cic nguyén ham cta f(x)
trén K, ki hiéu boi:| [ f(x)dx

Chi y.
a) D€ tim ho cdc nguyén ham (goi tat 1a tim nguyén ham) ctia ham s6 f(x) trén K, ta chi cAn

tim mot nguyén ham F(x) cta f(x) trén K va khi dé: If(x)dx = F(x)+C véi C 1a hang

s0.
b) Nguoi ta chiing minh duoc rang, néu ham s6 f(x) lién tuc trén khoang K thi f(x) c6
nguyén ham trén khoang do.
c) Biéu thuc f (x)dx dwoc goi la vi phin cha nguyén ham F (x), ki hiéu kaf dF (x) Vay
dF(x) = F’(x)dx = f(x)dx.
d) Khi di tim nguyén ham ctia m¢t ham s6 ma khong chi rd tap K, ta hiéu la tim nguyén ham
ctia ham sd d6 trén tap xac dinh ctia no.

2. Tinh chét co ban ctia nguyén ham
a) Cho f(x) la ham s& lién tuc trén K, k la hang s8 khac 0. Gia st F (x) 1a mot nguyén ham

ctia ham s8 f(x) trén K. Luc do: jkf(x)dx:kjf(x)dx (k=0).

b) Cho f(x) va g(x) la hai ham s& lién tuc trén K. Gia st F(x) la mot nguyén ham ctia ham

s& f(x), G(x)la mot nguyén ham ctia ham s& g(x) trén K.
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JLF(x)+ () Ja= [ £(x) s [ ()
JLF(x)=g(x) Jax= [ £ (x)ae g (x)ax

3. Nguyén ham ctia m6t s6 ham sé thuong gap
a) Nguyén ham ctia ham s6 liiy thira

Luac do:

Ham s6"y =x",a € R, dwoc goi la ham s0'lity thira.

Tdp xdc dinh cua ham s6 Ity thira y =x* tuy thudc vao gid tri cua «:
+) V6i o nguyén duong, tap xac dinh la R;

+) V6i a nguyén am hoéc bang 0, tap xac dinh 1a R\ {0} ;

+) Véi a khong nguyén, tap xac dinh la (0;+o0).

’

Dao ham ham s6 lity thira: (x“) =ax"" (vx>0)

a+1

ad 1+C,(a¢—1)

Ix“dx =
Nguyén ham cia ham s6'lity thira: a+

Ildx =1n|x|+C
x

b. Nguyén ham ctia ham s6 lwgng giac

J 12 dx=tanx+C

=sinx +
Icosxdx sinx+C OS2 X

Isinxdx:—cosx+C J‘ dx=—-cotx+C

sin’ x

c. Nguyén ham cta ham s6 mii

Iexdx=6x+C
Jaxdx:£+c,(0<a¢1)
! ) Ina
BANG TONG KET NGUYEN HAM CUA MOT SO NGUYEN HAM THUONG GAP
dex=c jldx=x+c
a+1 1
Ix“dx:;c+1+c,(a¢—1) f;dx=ln|x|+C
Xd — X+C . X
je x=e jadx:lia+c,(0<a¢1)
Icosxdxzsinx+C Isinxdxz—cosx+C
I 1 dx=tanx+C j _1 dx=-cotx+C
COS X SIn X

IL. BAI TAP TRAC NGHIEM
Caul. Chohamsd y=f(x) lién tuc trén R. S8 nguyén ham ctia ham s& f(x) la

A. V06 sb. B. 0. C. 2 D. 1.

Cau2. Biét F(x) 1a mdt nguyén ham caa ham s§ f(x) trén K. Khing dinh nao dudi day dtng?
A. F(x)zf(x),VxeK. B. F’(x)zf(x),VxeK.
C. P'(x)zf’(x),VxeK. D. f’(x)zF(x),VxeK.
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Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau9.

Cau 10.

Cau 11.

Cau 12.

Biét F(x ) 1a mdt nguyén ham cta ham s§ f(x) trén K. Khing dinh nao dudi day dung?

A. ff x ( )+C B. fF(x)dx:f(x)+C
C. jf x d = ( )+C. D. jP(x)dxzf’(x)+C.
Biét F(x) 1a mot nguyén ham ctia ham s f(x) trén K. Khang dinh nao dudi day ding?
A. [2f(x)dx=2F(x)+C. B. [2f(x)dx=2f(x)+C
C. [2f(x)dx=2F(x)+C. D. [2f(x)dx=F(2x)+C,
Cho ham s8 y = f(x) c6 dao ham lién tyc trén R. Khang dinh nao duéi day dtung?
A [7(x)x=f(2) B. [ F(x)ax=f/(x) <C
C. [ f(x)dr= f(x) D. [ f(x)dr=f(x)+C
Cho ham s8 y = f(x) c6 dao ham cap 2 lién tyc trén R. Khang dinh nao dudi day dung?
A [f(x)dx=f(x). B. [ f"(x)ax=f(x)+C
C. Jf'(x)ax= f"(x) D. [f"(x)dx=f"(x)+C
Chohamsd y=f (x) lién tuc trén R. Khang dinh nao dudi day dung?
(If )=fx B.(J‘fxdx)rz ’x
C. ([ f(x)ax) = f(x)+C. D. ([ f(x)dx) = f(x)+C.
Choham s y=f (x) lién tuc trén R. Khang dinh nao dudi day dung?
A. [kf (x)dx = k[ f(x)dx, ke R. B. [xf(x)dx=x[ f(x)dx
C. [ f(kx)dx =k f(x)dx,keR. D. [kf(x)dx=k[ f(x)dx,keR\{0}.
Cho cacham s6 y = f ( ) y= g(x) lién tuc trén R. Khang dinh nao dudi day dtng?
A. j( )dx jf dx.jg(x)dx. B. jf(x).g(x)dx=If(x)dx.jg(x)dx
c. i it D. {7(3)- )= [r(eh- o)

Ig

Cho ham sg f (X ( ) va { (X) cting lién tuc trén R . Khang dinh nao sau day ding?

A.I[f(x (x)]dx = _[ dx+jg x)dx. B. I[ ﬂdx{;E:;Zi

C. [k (x)dx=k[ f(x)dx,vk e K. D. [[f(x).9(x)Jdx=(] f (x)dx).([g(x)ax).

Cho ham s¢ f ( ) cO dao ham lién tuc trén R va k la mot sO thuec. Khéng dinh nao sau day

U (X) ] () B. .f[f ]’dx:f )+C
C. jkf(x )dx = k_[ D. j[f )+k]dx = j dx+jkdx

Cho f (X), g ( ) la cac ham sd xac dinh va lién tuc trén R . Ménh dé nao sau day sai?
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A. I[f (x)]dx = I X)dx — Ig dx. B. I[f(x) ]dx—J' dxjg

C. _[2f X)dx = 2_[ D. _[[f (x ]dx j dx+jg
Cau13. Biét F(x )la mot nguyenham ctia ham 8 f (x) trén . Tim G(x) = [[ f (x)-1]dx.

A. G(x)=xF(x)-x+C. B. G(x)=F(x)-x+C.

C. G(x)=xF(x)-1+C. D. G(x)=F(x)-1+C.

Cau14. Cho biét ham s§ f(X) c6 dao ham la f'(Xx) va c6 mdt nguyén ham la F(x). Tim

I :I[Zf (x)+ f'(x)+1]dx.

A. 1 =2F(x)+ f(x)+x+C. B. | =2F(x)+xf (x)+C.

C. 1 =2xF(x)+x+1. D. 1 =2xF(x)+ f(x)+x+C.
Cau 15. Meénh dé nao sau day sa17

A. [Kf (x)dx=Kk[ f (x)dx, (k 1a hing s8 va k #0).

B. Néu F(x) va G(x )deu la nguyén ham cia ham s6 f (x) thi F(x)=G(x).
C. Neuj x)dx=F(x)+C thiJ.f(u)du:F(u)+C.
D. I 1 f, x)]dx:.[fl(x)dx+jf2(x)dx
Cau 16. Trong cac menh deé dudi day, ménh dé nao sai?
Aj[f (x)]dx= I X) dx — Ig x)dx. B. I[ (x)+9g(x)]dx= j dx+J'g
C. [fr(x)dx=f(x)+C. D. [kf(x)dx=k[f(x)dx, VkeR.
Cau17. Néu ham s F(x ) 1a mot nguyén ham caa ham s8 f (x) trén K, véi mdi hiang sd C. Trong
cadc ménh dé sau:
(1).G(x)=F(x)+C ciing 1a mét nguyén ham cta f(x) trén K.
(11).G(x)=C.F(x) cling 1a m6t nguyén ham cta f(x) trén K.
(11).G(x)=F(x)-C ciing 1a mot nguyén ham cta f(x) trén K.
Khang dinh nao dudi day ding?

A.Chi (1) dting. B. (1),(11),(11) dting.

. (1),(1)dang, D. (1),(111)ding.
Cau18. Biét F(x) la mot nguyén ham ctia ham sg f (X)=x’. Biéu thirc F'(25) béng

A.5. B. 625. C. 25. D. 125.
Cau19. Khéng dinh nao duéi day dung?

A. jldx=0. B. szdx=2x. C. jxdx=x2+C D. fldx=x+C.

Cau 20. Khang dinh nao dudi day sai?
A. Ide:C. B. szdx:2x+C. C. JZxdx:szrC D. fldx:x+C.
Cau 21. Khéng dinh nao duéi day sai?

n+1

A. fx dx—

B. Iexdx:e"JrC. C. Ildx:x+C. D. jldx=1n|x|+C.
x
Cau 22. Khang dmh nao duwoi day sai?
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n+1

A. Jx”dx: al +C,n#-1. B. jexdx=6x+C.
n+1
C. jlzdle-i-c. D. jldx=ln|x|+C.
X X X
Cau 23. Trong cac khang dinh sau, khang dinh nao sai?
1 1.
A. I—dx:ln|x|+C. B. Icostdx=—sm 2x+C.
X 2
ex+1 Xe+1
C. J'exdx: +C. D. J'xedx= +C.
X+1 e+l
Cau 24. Khang dinh nao dwdi day dang?
A. Isinxdx:costrC. B. fsinxdx:sinx+C.
C. Jsinxdx =—cosx+C. D. Jsinxdx =-sinx+C.
Cau 25. Khéng dinh nao duéi day dung?
A. Isinxdx:costrC. B. fcosxdx:—sinx+C.
C. Isinxdx =—cosx+C. D. Icosxdx =—cosx+C.

Cau 26. Honguyén ham ctia ham s8 f(x)=sinx+cosx la

A. F(x)zsinx+cosx+C. B. F(x)zsinx—cosx+C.
C. F(x)z—sinx+cosx+C. D. F(x)z—sinx—cosx+C.
Cau 27. Khéng dinh nao duéi day dung?
A. jsinxdx=c05x+C. B. jcosxdxz—sinx+C.
C.J. .12 dx =cotx+C. D.J. 12 dx=tanx+C.
sin” x Cos” x

Cau 28. Khéng dinh nao dudi day sai?

n+1

A. jx”dxz il +C,n#-1. B. fexdx:e"JrC.
n+1
x+1
C. _f7"dx= +C. D. Icosxdx:sinx+C.
x+1
Ciu 29. Trong cac ménh dé sau, ménh dé nao sai?
A.jf’(x)dx=f(x)+C. B. jcosxdx:sinx+C.
a+l
X
C. Ix“dx: +C,Va #-1. D. Iaxdx:axlna+c(0<a¢1).
a+l
Cau 30. Ham s6 nao dudi day khong phai nguyén ham ctia ham s§ f(x)=3x"?
A y=x". B. y=x"+1. C.y=x"-1 D. y=6x.
Ciu 31. Ham s0 y=sin2x la mét nguyén ham ctia ham sé nao dudi day?
A. y=cos2x. B. y=- co;Zx' C.y= COZZX' D. y=2cos2x.

Cau 32. Ho nguyén ham cia ham s6 f(x)=x*+2 la

A. F(x):Zx. B. F(x):x3+2x+C.
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Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

3 3

C. F(x):%+2x+C. D. F(x):%+2+C.

Ho nguyén ham ctia ham s8 f(x)= x(4x2 + 2) la

A. F(x)zx?z[4—§+2xJ+C. B. F(x)=x"+2x>+C.

C. F(x)=4x4+x2+C. D. P(x)=x4+x2+C.

Ho nguyén ham ctia ham s& f(x):\/;+3/;,x>0 la

A. F(x)zlx x+§x3x+C. B. F(x)zzx x+lx3x+C.
3 4 3 4

C. F(x):gx x+§x3x+C. D. F(x):gx x+§x3x+C.
3 2 3 4

Trén khoang (—;+00) , ho nguyén ham ctia ham s f (x) = 1a

X 2%
A.If(x)dx:%+C. B. If(x)dx=e2X+C. C. J.f(x)dx:e?+C. D. If(x)dx:2e2X+C.

Cho ham s6 f (X) =e* +sin3x. Khéng dinh nao dudi day dang?

A. If(x)dx:ezx—%c033x+c. B. If(x)dx=e2x—cos3x+c.

2X

. 2X
C. If(x)dx:ez L3 e D. jf(x)dx:ez —C023X+C.
Ho nguyén ham cua ham s§ f(x)=5" la
5x+1 N
A. jf(x)dx=x+1+c. B. [ f(x)dx=5"+C.
5* x
C. J.f(x)dxzﬁ+C. D. If(x)dx:S' In5+C.

Ho nguyén ham cia ham s6 f(x)=e¢* 1a

A. If(x)dx:e“ +C. B. ff(x)dx:4e4x +C.

C. If(x)dx= e:‘ +C. D. J.f(x)dx:—e;:C +C.

Ho nguyén ham ctia ham s8 f(x)=e¢" (26“ —3) la

A. jf(x)dx: 2;3" -3e" +C. B. If(x)dx: 27 +3e" +C.
C. [f(x)dx=e" (e =3)+C. D. If(x)dxze;x +3e" +C.

4% 20 +5 _,

Ho nguyén ham ctia ham s8 f(x)= . la

e

B. jf(x)dx:4e2" 2 -2 e

_ 2x_ x_i
A. If(x)dx-Ze 2¢" ——+C. =

e

D. If(x)dx =4e* +2¢" —%+C.

_ 2x x_i
C. If(x)dx—2e e ——+C. p

e
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Cau 41. Honguyén ham ctia ham s6 f(x)=sin3x la

A. _[f x dx:—cos3x+C. B. If(x)dx:3sin3x+C.

C. J.f COS3x+C. D. J.f(x)dxz—coz3x+c.
Cau 42. Honguyén ham ctia ham s8 f(x)=cos3x la

A. [f(x) e =303 o B. jf(x)dx:—Sir;3x+C.

C. [ f(x)dx=sin3x+C. D. If(x)dxz—coz3x+c.

Cau 43. Ho nguyén ham ctia ham s6 f(x)=sin2x+cos3x la

A. F(x)chos2x—3sin3x+C. B. F(x)z_cos2x+sir;3x+c.
C. F(x):c052x_sin3x+c‘ D. F(x):c052x+sin3x+c
3 3
Cau44. Ho nguyén ham ctia ham s8 f(x)=4sin’x la
A. If 451; zic B. If(x)dx:Zx—sin2x+C.
C. [f(x)ax="2F ¢ D. [ f(x)dx =2x~2sin2x+C.
Cau 45. Ho nguyén ham ctia ham s8 f(x)=cos’ x—sin’x la
A. jf dr=S02X B. jf(x)dx:—smzzx+c.
C. If x=S082% e D. jf(x)dxz—cozzx+c.
Cau 46. Ho nguyén ham ctia ham s6 f(x)=cos*x—sin‘x la
A. If smzx+C. B. ff(x)dx=—sjn2x+C.
C. [f(x) x=SOS2X D. If(x)dxz—C0;2X+C.
Cau 47. Ho nguyén ham ctia ham s8 f(x)=4sinxcos3x la
A. jf(x)dx=—COS4x+c052x+C. B. jf(x)dxz—COS4x—c052x+C.
C. J.f(x)dx=COS4x—c052x+C. D. J.f(x)dx=COS4x+c052x+C.
Cau 48. Honguyén ham ctia ham s8 f(x)=4sinxcos’3x la
A. _[f(x)dx:—CO;%C COSSx—2cosx+C. B. If(x)dx:—CO;%C COSSX+2cosx+C.
C. If(x)dxz COS7x+COS5x—2cosx+C. D. If(x)dxz cos7x COS5x+2cosx+C.
Cau49. Chohamsd f(x)=2cos[2(x+7)]-3x*. Khing dinh nao dudi day ding?
A. [ f(x)dx=2sin[2(x+7)]-x"+C. B. | f(x)dx=sin2x—x’+C.
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C. I x)dx=—sin[2(x+7z)]-x*+C. D. I x)dx =—4sin[2(x+7)]-6x+C.
Cau 50. Honguyén ham ctia ham s8 f(x ) 342 +5 ,x#0 1a
x
A. F(x)=x"+2x" +5In|x|+C. B. F(x)=x"+x"+5Inx+C.
C. F(x)=x"+x"+5In|x|+C. D. x> +2x* +5Inx +C.
Céu 51. Trén khoang (0;+%), ho nguyén ham ctia ham s6 f (x) = \/;X:— L la
A [F(x)d=2x7 —2x?4C B. [ f(x)dk=—2x?-2x7+C
.I(x)x_gx—x+. .I(x)x_—gx—x+.
3 3
C. j dx———x +2x?+C. D. jf(x)dx:—gx_2—2x2+c.
\ VPN
Cau 52. Ho nguyén ham ctia ham s6 f(x)—2x+3 la
2
A. F(x)=- +C. B. F(x)=In(2x+3)+C.
C. F(x)=In2x+3+C. D. F(x)=W+
Cau 53. Ho nguyén ham ctia ham s6 f(x)= LI
1-3x
3
A. F(x)= +C. B. F(x)=In(1-3x)+C.
o (1) -1n(1-34
C. F(x)=In[1-3x+C. D. F(x):—MJr
Cau54. Xacdinh F(x)= j6x+2dx.
3x-1
A. F(x):2x+§In|3x—1|+C. B. F(x)=2x+4In[3x-1]+C
C. F(x)=%ln|3x—]4+c D. F(x)=2x+4In(3x-1)+C
Cau 55. Ho nguyén ham ctia ham sd f(x) = LI
x(x—-1)
A. Jf(x)dlelnx—_lJrC. B. If(x)dlenx—_1+C.
x
x-1 1 x
C. If(x)dx=1n7+C. D. jf(x)dxzzlnm+c.
Cau56. Tim nguyén ham cua ham s f (x)= sz 2
A. 2In|x*-4]+C. B~ _.cC. C._—12+C. D.lln‘x2—4‘+c.
2(X2—4) 4(X2_4) 2
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Cau 57. Xac dinh I—Xﬂdx.
X2
A.x*+In|x-1+C. B.?+In|x—]4+C.
C.1l- L >+C. D.X+L+C.
(x-1) x-1
Cau 58. Ho cac nguyén ham I% dx la
(2x-1)
A — LC. B. —1 4C. c —t.c D. —1 _:cC.
4x -2 2x-1 2x-1 4x -2
Cau59. Cho jz“ dx =ax+bln|x—2|+C véi abe Q. Gia tri cia S=a+b la:
A.S=4. B. S=7. C. S=1. D. S=2.
2
Cau 60. Xécdinh F(x)= [ZX 724
x-3
A. F(x)zxz—x+21n|x—3|+C. B. F(x)zxz—x—21n|x—3|+C.
C. P(x)=2x2—x+21n|x—3|+C. D. P(x)=2x2—x—21n|x—3|+C.
Cau 61. Tim ho nguyén ham ctia ham s@ f(X)zZ;.
X°—4x+3
A.llnx—_3+C. B.llnis+c. C——Inx—3 C. D.Elnx—_3+c.
2 |x+1 2 |x+1 2 |x-1 2 |[x-1
Cau 62, Bié’tfx4ﬂdx aln|x—1+b.In[x—2/+C. Tinh a+b
X°+3x—-2
A.a+b=1. B.a+b=5. C.a+b=-5. D.a+b=-1.
Cau 63. Cho bi tjﬂdx:aln|x+2|+bln|x+3|+C(a,beR).Tinh P=a’+ab+b’.
X°+5Xx+6
A. P=3. B. P=12. C. P=7. D. P=13.
Cau 64. Cho bi tIZ)(—]Bde=aln|X+1|+bln|x—2|+C.Ménhd‘énéosaudéydﬁng?
A.a+2b=8. B. a+b=38. C. 2a-b=8. D.a-b=8.
Cau 65. Ho nguyén ham ctia ham s6 f(x)=(3x_)2 trén khoang (2;+o0) la
X—2
2 2
A. 3In(x-2)+—2_+C. B. 3In(x—2)——>—+C.
X—2 X—2
C. 3In(x— 2)—i+C D. 3In(x—2)+i+C.
-2 X—2
Cau 66. Biét [ dx=aln|x-2|
x°—4x+4
A. 1. B. -1. C. 2. D. 0.

CAu 67. Bi tj 4"2” 1dx:aln|x—1|+L1+C;a;beQ;CGR Tinh a+b.
X + X —
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Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

Cau 76.

Cau 77.

Cau 78.

Cau 79.

Cau 80.

A. 1. B. 1. C. 2. D. 3.

Biét j 23x+43 dx=aln|x|+b1n|x—2|+c1n|x+2|+C;a;b;ce@;CeR. Gia tri 4a—b+c bang
x° —4x

A. 3. B. 4. C. 2. D. 4.

Biét j(35in2x+2c053x)dx=acos2x+bsin3x+C;a;beQ;CeR. Gia tri 2a+3b béng

A. 5. B. 1. C. 2. D. -1.

Biét I4sinxcos3xdx:acost+bcos4x+C;a;be@;CeR. Giatri a+2b béng

A. -2. B. 1. C. 2. D. 0.

Cho ham s8 y = f(x) c6 ff(x)dx:xsinx+C.Tinh f[%j
A 1+Z. B. 0. C. 1. D.1-Z.
2 2

Goi F(x) la ho cac nguyén ham ctia ham s§ f(x)=8sin3xcosx. Biét rang F(x) c6 dang
F(x) =acos4x+bcos2x+C . Khi d6, a—b bing

A.5. B. 1. C. 3. D. -1.
Cho ff(x)dxzxz —3x+C. Tim If(e"")dx.

A. J.f(e"‘)dx=e'2x—3e"‘+C. B. ff(e"‘)dxz2e"‘—3x+C.

C. J.f(e’x)dx:—Ze”‘ -3x+C. D. _ff(e”‘)dx =—2¢" -3¢ +C.

Tim tat ca cac gia tri thiec cia M d& ham s6 F(X) = x> +2x* + (m* -1)x+C (C la hang s0) la
nguyén ham ctia ham s& f(X) =3x* +4x+3 trén R .

A.m=2. B. m=44. C. m=4. D. m=+2.
Biét F(x)=ax* +bx+1,(a;beR) la nguyén ham cia ham s f(x)=2x+1. Ténga+b bang
A. 2. B. 1. C. 3. D. 0.

Biét F(x):ax3+bx2+cx+1,(a;b;ceJR) la nguyén ham ctia ham s6 f(x)=6x2+2x+1. Tong
a+b+c bang

A. 2. B. 4. C. 3. D. 5.

Biét y=F(x) la mdt nguyén ham ctia ham s6 f(x)=2x+1 thoa man F(1)=2. Gia tri F(2)
bang

A. 6. B. 8. C. 3. D. 2.

Biét y=F(x) la mot nguyén ham ctia ham s§ f(x)=3x"+2x+4 thoa man F(0)=1. Gid tri
F(2)+F(3) bang

A. 67. B. 70. C. 45. D. 90.

Biét y = F(x) 1a mot nguyén ham ctia ham s6 f(x)=2sin2x thoa man F[%j =2. Gia tri F[%J

bang
Al B. 1. c2 D. 2.
2 2

Biét F(X) 1a mot nguyén ham ctia ham s f (x)=e” va F(0)=0.Gia tri ctia F(In3) bang
A. 2. B. 6. D. 4.

0
oo
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Cau8l. Cho F(x) la mdt nguyén ham ctia ham s f (x)= ex 12 (X4 —4X2). Ham s F(x) dong bién
trén khoang nao sau day?
A. (—;0). B. (2;+). C. (-2;0). D. (0;+o).

Cau 82. Cho hai ham s8 F(x)=(x"+ax+b)e*, f(x)=(x’+3x+4)e". Biét a, b 1a céc s thuc d&
F (X) la mot nguyén ham caa f (X) Tinh S=a+b.
A.S=12. B. S=6. C. S=-6. D. S=4.

Cau 83. Goi F(x)= (aX3 +bx* +cx+d )eX la mot nguyén ham cua ham s6 f(x) =(2x3 +9x? —2x+5)e".
Tinh a*+b* +c? +d”.
A. 245, B. 246. C. 248. D. 249.

Cau84. Cho F(x) la mdt nguyén ham ctia ham s8 f(x)=xi_1 thoa man F(5)=2 va F(0)=1.
Ménh dé nao dudi day dung?
A.F(-1)=2-In2. B. F(2)=2-2In2. C.F(3)=1+In2. D. F(-3)=2.

_2x-3

Cau85. Chohamsd f(x) c6 dao hamla f'(x) x vxeR\{2} thoaman f(1)=1va f(3)=2.

Gia trj ctia biéu thire f (0)+2f (4) bang
A. 3. B. 5. C. 7+3In2. D. -5+7In2.

Ciau 86. Cho ham so f (X) c6 dao ham trén moi khoang (—oo;—%), (—%ﬁooj dong thoi thoa man

()=t [wxze-1), va f(-1)+2f(0)=2In674. Gid ti caa bicu thiic
2

S=1f(-2)+f(1)+f(4) bang

A. 2In3-1n674. B. In2022. C. 2In2022. D. 3In3.
2x+5 khi x>1

{3x2+4 khi x<1
F(0)=2.Gid tri cia F(-1)+2F(2) bang

A.27. B. 29. C.12. D. 33.

2x+3 khix2>1

3x* +2 khix <1

thoa man F(0)=2. Tinh gid tri ctia biéu thirc F(-2)+2F(3).

A. 60. B. 28. C. -1 D. -48.

Cau 87. Cho ham s f(x)= . Gia st F la nguyén ham cua f trén R thoa man

. Gia st F(x) 1a mot nguyén ham cua f(x) trén R

Ciu 88. Cho ham sO f(x) :{

Cau 89. Cho ham s6 f (x) théa man f(z):—zi5 va £'(x)=4x[f(x)] véi moi xeR. Gié trj cua

f (1) bang
Ry B. ——. c-2. D. =
400 40 400 10

Cau90. Cho ham s§ y=f(x) lién tuc va khdc khong véi moi X thoa man f(0)=-1 va
f'(x)=e".f*(x),vxeR.Gia tri ca f(-1) bang
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A. -1 B. —e. C. e. D. —%.

Cau91. Chohamsd f(x) thoaman f(1)=3va x(4 f’(x ):f ~1 véimoi x>0.Gia tri f(2) bang
A. 6. B. 2. C5. D. 3.

Cau92. Cho ham s6 f(x) thoa man f'(x)+2x.f(x)=e"f(x) voi f(x)=0,vx va £(0)=1.Khi d6 ‘f(l)‘
bang
A.e+1. B. . C.e-1 D. .

Cau 93. Gia st ham so f (X) c6 dao ham lién tuc trén R, nhan gia tri duwong trén khoang (0; +00) va
théaman f(1)=1 f(x)=f'(x)y/3x+1 véimoi X >0. Ménh dé nao sau day ding?
A. 4< f(5)<5. B.1< f(5)<2. C.3< f(5)<4. D.2<f(5)<3.
Cau94. Choham s6 f(x) lién tuc trén R thoa man x(x+1) f'(x)+(2x+1) f (x) :1—1 va f(1)=1.
X
Biét f(2)=a+bIn2.Khids, a+b bang
1

A —. B. E C.
6 2

111 LOT GIAI CHI TIET
Caul. Chohamsd y=f(x) lién tuc trén R. S5 nguyén ham ctua ham s& f(x) la
A. VO sb. B. 0. C. 2. D. 1.

.....

1
D. —.
2

Wl

Ham s6 y = f(x) lién tyc trén R thi ¢ v0 s6 nguyén ham trén R.

Cau2. Biét F(x) 1a mdt nguyén ham caa ham s§ f(x) trén K. Khing dinh nao dudi day dtng?

A. F(x)zf(x),VxeK. B. F’(x)=f(x),VxeK.
C F'(x)zf’(x),VxeK. D. f’(x)zF(x),VxeK.
Cau3. Biét F(x) 1a mdt nguyén ham caa ham s§ f(x) trén K. Khing dinh nao dudi day dtng?
A. ff x) ( )+C B. fF(x)dx:f(x)JrC
C. If x)dx—F( )+C. D. IF(x)dx:f’(x)+C
Cau4. Biét F(x) 1a mot nguyén ham caa ham s§ f(x) trén K. Khing dinh nao dudi day dtng?
A. [2f(x)dx=2F'(x)+C. B. [2f(x)dx=2f(x)+C
C. [2f(x)dx=2F(x)+C. D. [2f(x)dx=F(2x)+C.
Cau5. Chohamsd y=f(x) c6 dao ham lién tuc trén R. Khéing dinh nao dudi day dung?
A If'<x) ) B. [ ()ax= 7 () +C
C. ] (x)ar=r(x). D. [ £ (+)ax=f(x) C.
Cau6. Chohamsd y=f(x) c6 dao ham cép 2 lién tuc trén R. Khang dinh nao dwéi day diung?
A- [ ()ax=r () B. [ f7(x)x=f'(x)+C
C. If” x)d = f"(x) D. [ f"(x)dx=f"(x)+C

Cau?7. Chohamsd y=f(x) lién tuc trén R. Khang dinh nao duéi day dtng?
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(_[f )=fx B.(Ifxdx)z’x
C ([ £(x) ):fx+c. D. ([f(x) ) x)+C.
Ciu8. Chohamsd y=f (x) lién tuc trén R. Khang dinh nao dudi day dung?
A. ka(x)dx:kjf(x)dx,keR. B. J.xf(x)dx:x.ff(x)dx
C. [ f(kx)dx =k f(x)dx,keR. D. [kf(x)dx=k[ f(x)dx,keR\{0}.

Ciu9. Chocichamsd y=f (x),y = g(x) lién tuc trén R. Khang dinh nao dudi day dtng?
A. I( ) —If x)dx.jg(x)dx. B. If(x).g(x)dx = Jf(x)dx.jg(x)dx
c £ }g D. {0)-s(x)ox = (e

Cau10. Chohamsd f(X ( ) va { (X) cting lién tuc trén R . Khang dinh nao sau day ding?

A [ (x)+9(x)]dx= £ (x)d+ [ g (x)dx. BI[ )}d };()dx

C. [Kf (x)dx =k f (x)dx, vk € k. D. [[f(x)-a(x)]ax=(] f(x)dx).([ g(x)dx).
Loi giai
Nhén dinh dung la I[f(x ]dX J dX+J.g

Cau1l. Choham sd f (X) c6 dao ham lién tuc trén R va k la mdt sO thuee. Khéng dinh nao sau day
sai?
At ()] = £ (x). B. [[f (x)]ox=f(x)+C.
C. [k (x)dx=k[ f(x)dx. D. [[ f(x)+k]dx=[f(x)dx+[kdx.
Loi giai
Theo tinh chat ciia nguyén ham thi khang dinh ka x)dx = kj x)dx 1a sai vi thiéu diéu
kién k #0.

Cau12. Cho f(x),g(x ) la cdc ham s6 xac dinh va lién tuc trén R . Ménh dé nao sau day sai?

A.I[f(x) (x)]dx = _[ X)dx — Ig x)dx. B. I[f ]dx—f dxjg

C. _[Zf(x dx_2_[ . D. _[[f (x)]dx = I dx+jg
L(‘figidi
I[f ]dx I x)dx. I g(x)dx sai vi khong dtng tinh chat.

Cau 13. Biét F( ) 1a mot nguyén ham ctia ham s§ f (x) trén R . Tim G(x I[f —1]dx.
A. G(x)=xF(x)-x+C. B. G(x)=F(x)-x+C.
C. G(x)=xF(x)-1+C. D. G(x)=F(x)-1+C.
Loi giai:

Ta c6 G(x j[f 1:|dx:F(X)—X+C.
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Cau14. Cho biét ham s§ f(X) c6 dao ham la f'(Xx) va c6 mdt nguyén ham la F(x). Tim

I =I[2f (x)+ f'(x)+1]dx.

A. 1 =2F(x)+ f (x)+x+C. B. | =2F(x)+xf (x)+C.

C. 1 =2xF(x)+x+1. D. 1 =2xF(x)+ f(x)+x+C.

Loi giai

Ta cé I__[[Zf(x) (x)+1]dx = ZI dx+jf dx+jdx:2F(x)+f(x)+x+C.

Cau15. Ménh dé nao sau day sai?
ka dX kI x)dx, (k la hang sd va k #0).

A.

B. Néu F(x) va G(x) déulanguyén ham cta ham s8 f (x) thi F(x)=G(x).
C. Neuj X)dx = F (x)+C thi [ f(u)du=F(u)+C.
D

: I[ f, x)]dx=jf1(x)dx+ff2(x)dx

Chon f(x)=x ta thdy:
X2
+ .[f(x)dx=J.xdx=?+Cl=F(x).
XZ
+ jf(x)dx:jxdx=?+C2:G(x).
Khi C, #C, thi F(x)#G(X).

Cau16. Trong cac ménh dé dudi day, ménh dé nao sai?

A. I[f - ]dx—If(x)dx—Ig(x)dx. B. I[f(x ]dx—ff (x) dx+.[g (x)dx
C. [f'(x)dx=f(x)+C. D. [kf(x)dx=k[f(x)dx, VkeR.
Loi giai:

JKf (x)dx =Kk f(x)dx, Vk =0,
Cau17. Né&uham s F(x) la mot nguyén ham ctia ham s f (x) trén K, véi mdi hing s C. Trong
cac ménh dé sau:
(1).G(x)=F(x)+C ciing 1a mét nguyén ham cta f(x) trén K.
(11).G(x)=C.F(X) cling 1a mot nguyén ham cta f(x) trén K.
(III ) G (X) =F (X)—C cting la mot nguyén ham cua f (X) trén K.
Khang dinh nao duwéi day dtng?

A.Chi (1) dtng. B. (1),(11),(111) dting.
C. (1),(1)ddng. D. (1),(111)dting.
Loi giai

Theo dinh nghia vé nguyén ham thi (1) va (1) 1a dung, (I1) sai.
Cau18. Biét F(x) la mot nguyén ham ctia ham s§ f (x)=x’. Biéu thtc F'(25) bang
A.5. B. 625. C. 25. D. 125.

.....
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+) Vi F(x) 1a mot nguyén ham ctia ham s8 f (X) = x* nén
F'(x)=f(x)=x* = F'(25) =25 = 625.
Cau19. Khéng dinh nao duéi day dung?

A. fldx:0. B. Ixzdx:Zx. C. dex:x2+C D. Ildx=x+C.
Cau 20. Khéng dinh nao dudi day sai?
A. [odx=C. B. [x’dx=2x+C.  C. [2xdx=x"+C  D. [ldx=x+C.
Cau 21. Khéng dinh nao dudi day sai?
n+1
A. Ix"dxzx +C. B. Iexdx=6x+C. C. Ildx=x+C. D. Jldx=1n|x|+C.
n+1 X
Cau 22. Khéng dinh nao dudi day sai?
n+l
A. Jx"dx: al +C,n=-1. B. Iexdx=6x+C.
n+1
C. jlzdx=1+c. D. jldx=1n|x|+c.
x x x
Cau 23. Trong cac khang dinh sau, khang dinh nao sai?
1 1.
A. I—dx:ln|x|+C. B. Icostdx=—sm2x+C.
X 2
ex+1 Xe+1
C. Iexdx: +C. D. J'xedx: +C.
X+1 e+l
Loi giai:

Ta co: Jexdx =" +C nén C sai.
Cau 24. Khang dinh nao dudi day ding?

A. Isinxdx:costrC. B. fsinxdx:sinx+C.

C. Isinxdx=—cosx+C. D. jsinxdxz—sinx+C.
Cau 25. Khéng dinh nao duéi day dung?

A. Isinxdx=c05x+C. B. J.cosxdxz—sinx+C.

C. _[sinxdxz—costrC. D. Icosxdx:—costrC.

Cau 26. Ho nguyén ham ctia ham s8 f(x)=sinx+cosx la

A. F(x)zsinx+cosx+C. B. F(x)=sinx—cosx+C.
C. F(x)z—sinx+cosx+C. D. F(x)z—sinx—cosx+C.
Cau 27. Khang dinh nao dudi day ding?
A. jsinxdxzcosx+C. B. fcosxdxz—sinx+C.
C.J. .12 dx =cotx+C. D.J. 12 dx=tanx+C.
sin” x Ccos” x
Cau 28. Khang dinh nao dudi day sai?
n+1
A. jx”dx: s +C,n#-1. B. .fexdx:e"JrC.
n+1
x+1
C. j7"dx= +C. D. Icosxdx:sinx+C.
x+1
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Cau 29. Trong cac ménh dé sau, ménh dé nao sai?

A. jf’(x)dx= f(x)+C. B. jcosxdx:sin X+C.
a+l

C. Ix“dx: X +C,Va#-1. D. Iaxdx:axlna+c(0<a¢1).
a+l

Loi giai:

X

, a
Ta c6 J.aXdX =
Ina

+C (0<a#1) nén phuong an jaxdx:ax Ina+C (0<a=1) sai.

Cau 30. Ham s6 nao dwdi day khong phai nguyén ham ctia ham so f (x) =3x?
A y=x". B. y=x"+1. C.y=x"-1 D. y=6x.
Cau 31. Ham sd y=sin2x 1a mot nguyén ham ctua ham s6 nao duéi day?

cos2x cos2x

A. y=cos2x. B. y=- 5 Cy= 5, D. y=2cos2x.
Cau 32. Honguyén ham ctia ham s6 f(x)=x"+2 la
A. F(x)=2x. B. F(x)=x3+2x+C.
x° x’
C. F(x)=—+2x+C. D. F(x)==+2+C.
3 3
Cau 33. Honguyén ham ctia ham s§ f(x)= x(4x2 +2) la
x* [ 4x°
A. F(x)z—[—+2x]+c. B. F(x)=x"+2x" +C.
2 3
C. F(x)=4x*+x*+C. D. F(x)=x*+x*+C.

Loi giai:
Ta c6: jf(x)dx = I(4x3 +2x)dx =x"+x*+C.
Cau 34. Ho nguyén ham ctia ham s6 f(x)= Jx+3x,x>0 1a

A. F(x)zlx x+§x3x+C. B. F(x)z—x x+lx3x+C.
3 4 4

C. F(x)zgx x+§x3x+C. D. F(x)zzx x+§x3x+C.
3 2 3 4

Loi giai:

1 % 3 3
Ta co: J‘f(x)dx:_[(x“rx?’]dx—/ / x X +— e /x +C.
Cau 35. Trén khoang (—o0;+%), ho nguyén ham ctia ham s6 f (x) =e** 1a
X 2X
A f(x)dx=%+C. B. [f(xdx=¢"+C. C. | f(x)dx=e7+C. D. [ f(x)dx=26”+C.

Cau 36. Chohamsg f(x)=e” +sin3x. Khang dinh nao duéi day dtng?

A_[ dx e? —1c033x+C. B. I dx e* —cos3x+C.
3
2X - 2X
C. jf(x)dx:ez +sm33X+C. D. J.f(x)dxze?—00333X+C.
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Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Loi giai
2%
Tacé:_[ x)dx = I e * +sin3x dx=e——C053X+C.
2 3
Ho nguyén ham ctia ham s0 f (x) =5"1a
x+1
A. jfxdx=x+1+c. B. [ f(x)dx=5"+C.
C. If dx:5—5+C D. Jf(x)dx=5xln5+C.
Ho nguyén ham ctia ham s8 f(x)=¢* la
A. If(x)dxze“ +C. B. If(x)dx=4e4x +C.
4x 4x
C. J.f(x)dx:eT+C. D. J-f(x)dx:—e4 +C.
Ho nguyén ham ciia ham s6 f(x)=e" (2e2" —3) la
A. If(x)dxz%—i’)e“rc. B. jf(x)dx:2§x+3ex+C.
C. If(x)dx:ex (62" —3)+C. D. If(x)dxz ”
Loi giai
Ta co: f(x)=e¢' (Ze“ —3) =2¢> - 3e"
Luc do: If(x)dx:I(Ze“ —3e’“)dx = 26: —-3e" +C.
Ho nguyén ham ctia ham s8 f(x) :w la
e
5 5
A. — 2x x _ 2 . B. — 2x x_ .
If(x)dx 2e” —2e = +C jf(x)dx 4e™ —2e = +C
2x x 5 2x x 5
-—+C. D. = -—+C.
C. If( )dx 2e” —e ex+C J.f(x)dx 4e”" +2e e"+C
Loi giai
Ta co: f(x) :M =4¢* —2¢" +ix:4ez” —2e" +5e".
e e
4¢** 5 -

+C=2€2"—2e"—%+C.

Ltic d6: [ f(x)dx = [(4™ —2¢" +5¢™ Jdv=——-2¢"+— -

Ho nguyén ham cua ham s§ f(x)=sin3x la

A. If x dx:—cos3x+C. B. If(x)dx:3sin3x+C.

C. jf x=S083% ¢ D. J.f(x)dxz—C023x+C.
Ho nguyén ham cta ham s§ f(x)=cos3x la

A [f(x)a= B. [f(x)ar=—"22 4 C.
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C. If(x)dx =sin3x+C. D. If(x)dx __cosdx +C.

Cau 43. Honguyén ham ctia ham 6 f(x)=sin2x+cos3x la

cos2x sin3x

A. F(x):ZCOSZx—3sin3x+C. B. F(x)z— - +C.
C. F(x):c052x_sin3x+c' D. F( ) c052x+sin3x+cl
3 3

Cau 44. Honguyén ham ctia ham s6 f(x)=4sin’x la
A. If 4sm L) B. If(x)dx=2x—sin2x+C.
C. [ f(x)x _Coszzx+c. D. [ f(x)dx =2x-2sin2x+C.
Loi giai
Ta cd: f(x)=4sin’x=2(1-cos2x)=2-2cos2x.
Lac do: If(x)dx:J.(2—2C052x)dx:2x—sin2x+C.

Cau 45. Ho nguyén ham ctia ham s6 f(x)=cos’ x—sin’x la
A [f(x)ax=22 ¢ B. If(x)dx:—Sinzzx+C.
C. [f(x)ax="2F ¢ D. [f(x)ar=—2Zc.
Loi giai
Ta c6: f(x)=cos®x—sin’ x = cos2x.
Lac dé: ff(x)dxszOSZxdxz Sin2r e,

Cau 46. Ho nguyén ham ctia ham s8 f(x)=cos*x—sin‘x la
A [f(x)ax=02 ¢ B. [ f(x)ax—-"2c

cos2x cos2x

C. [ f(x)dx= S +C. D. [ f(x)dx=- S +C.
Loi giai
Ta c6: f(x ):cos4x—sin4x:(coszx+sin2x)(coszx—sinzx):cosbc.
Luac do: _[f(x)dx:jCOSZde: sin2x+c'

Cau 47. Honguyén ham ctia ham s8 f(x)=4sinxcos3x la
A. If(x)dxz—COS4x+c052x+C. B. If(x)dx:—coz4x—c052x+C.
C. J.f(x)dx=C0;4x—c052x+C. D. J.f(x)dx=COS4x+c052x+C.
Loi giai

Ta co: f(x) =4sinxcos3x = 4.%(sin(—2x) + sin4x) =2sin4x —2sin2x.
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Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

cosdx

Lac do: _[f(x)dx:J.(Zsin4x—251n2x)dx:— +cos2x+C.

Ho nguyén ham ctia ham s6 f(x)=4sinxcos’3x la

cos7x cosbx cos7x cosbx

A. [ f(x)dx=- = ~2cosx+C.  B. jf(x)dx=— = +2cosx +C.
C. J.f( )d —Cos77x+cos55x—2COSX+C. D. J.f COS77X+COSS5X+2COSX+C'
Loi gidi

Ta c6: f(x)=4sinxcos? 3x = 4sinx. —-250% _ogin x(1+cos6x)

= 2sinx +2sinxcos6x = 2sinx +(sin7x —sin 5x) =sin7x —sin5x + 2sin .

Liic d6: jf(x)dx:j(sin7x—sin5x+2sinx)dx:—C°;7x COSOY _cosx+C.

Cho ham s8 f (x) =2cos[ 2(x+ ) ]-3x*. Khing dinh nao dudi day ding?

A. I x)dx = 2sin[ 2(x+7)|-x*+C. B. j x)dx =sin2x—x*+C.

C. If( )dx:—sm[Z (x+7)]-x*+C. D. I x)dx =—4sin[2(x+7)]-6x+C.

.....

Ta c6 _[f x)dx:j[2c05(2x+ 27z)—3x2]dx :I[20052x—3x2}dx:sin 2x—x3 +C.

3x° +2x* +5

Ho nguyén ham ctia ham s& f(x):—,x;tO 1a

x
A. F(x):x3 +2x2 +51n|x|+C. B. F(x):x3 +x*+5Inx+C.
C. F(x):x3+x2+51n|x|+C. D. x* +2x* +5Inx+C.

.....

3x° +2x* +5
X

Ta co: J.f(x)dx :I dx:.[(?)xz +2x+%jdx:x3 +x* +5In|x|+C.

\/§+1

Trén khoang (0;+x), ho nguyén ham cua ham sd f(x) = la

X3
2 2 2 3
A.If(x)dx:gx 2_2x7?+C. B. If(x)dx=—§x 2_2x%+C.
C If(x)dx——gx_g+2x2+c D If(x)dx——§x_g—2x2+c
. =3 . . == .

.....

Tacc'):J- d _I\/_H I[ X 24X ] =—§x2 2x% +C.

1

Ho nguyén ham cua ham s f (x):2 3 la
x
2
A. F(x)=- +C. B. F(x)=In(2x+3)+C.
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Cau 53.

Cau 54.

Cau 55.

Cau 56.

Cau 57.

C. P(x) = ln|2x+3| +C.

1

Ho nguyén ham ctia ham s8 f(x)= 3
-3x

3

+C.
(1-3x)’

A. F(x)z

C. P(x) =1n|1—3x| +C.

6Xx+2
3x-1

A. F(x)=2x+%ln|3x—1|+c.

dx.

Xéc dinh F (x)=

C. F(x)=%ln|3x—]4+c

la

In|2x +3| N

D. F(x)= 5

B. F(x) =1n(1—3x)+C.

In|1-3x] N

D. F(x)=— >

B. F(x)=2x+4In[3x-1]+C

D. F(x)=2x+4In(3x-1)+C

Loi giai
Tacé:jGXJer _.[(2+ 4 jdx:2x+ﬂln|3x—ﬂ+c.
3x-1 3x-1 3
Ho nguyén ham cua ham sd f(x) = la
x(x—-1)
1. (x-1
A. ff(x)dx=51n7+c. B. [ f(x)dx=In*— - e
C. If(x)dx=lnx7_1+C. D. jf( dx—zlnx_ +C.
Loi giai
Ta co: J. Ix (¥= 1) Idx d—x—ln|x—l|—ln|x|+C=lnx—_l+C.
x(x 1) x(x—1) x—1 X x
Tim nguyén ham ctia ham s f (x) = 2X 2
X —
A. 2In|x*-4]+C. B. 21 +C. C._—12+C. Qlln|x2—4|+c.
2(X 4) 4(X2_4) 2
Loi giai
d(x*-4
Tacoj —d :E (2 )dX In‘x 4‘+C
X" — 29 x°-4
2
Xéac dinh IX _X+1dx.
x—1

A.x*+In|x-1+C.

.....

X2
&?+In|x—ﬂ+c.

D.x+i+C.
x-1
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2 _ 2
Ta cé: '[X—)Hldx:'f x+i dx=X—+In|x—1|+C.
x—1 x—1 2
Cau 58. Ho céc nguyén ham | ~dx 1a
(2x-1)
A. L .c. B. —~ +C. c. —.ic. ! .c.
4x -2 2x-1 2x-1 4x -2
Loi giai:
Tacéj L S dx = -1 +C:_—1+C.
(2x-1) 2(2x-1) 4x—2
. 2x+1 . c e .
Cau’59. Cho I dx = ax+bln|x—2|+C véi a,beQ.Gidtricia S=a+b la:
A.S—4. B. S=7. C. S=1. D. S=2.
Loi giai:

Cau 60.

Cau 61.

Cau 62.

Tacis [20 o - [ 28 S g [ 2008 o
X—2 X—2 X—=2 X=2
Dodbé a=2 vab=5.

Vay S=a+b=2+5=7.
2x2—7x+5dx
x-3
A. P( )=x2—x+21n|x—3|+C
C. F( ) 2x —x+21n|x 3|+C

Loi giai:

Tacod: [= J-Zx——7;c+5 J.(Zx—l+

Xac dinh F(x)=

x_
, 1
Tim ho nguyén ham cia ham so f (xX)=——.
> nghy (x) x?—4x+3
A.llnx—3+C. B.llnis+c. C——InX—3
2 |X+ 2 |x+1 2 |x-1
Loi gigi

1 1 1 1 1
F(X):j 2—4x+3dx:j(x—1)(x—3)dxzEI(E_EJdX

Biét J'X4+ldx a.In|x-1+b.In|x—2+C. Tinh a+b.

X +3x—-2
A.a+b=1. B.a+b=5. C.a+b=-5.
Loi giai:
—x-1 A B

(x-1)(x-2) x—1' x—2 & -x=1=A(x-2)+B(x-1).

A+B=-1 A=2
= = .
—2A-B=-1 |B=-3

Zszx =x° —x+21n|x—2|+C_

B. F(x):xz—x—21n|x—3|+C.
D. F(x):sz—x—21n|x—3|+C.

X—_3+C.
x—-1

D.=In|2=2
2 |x-1

52jdx:2x+5ln|x—2|+C.

3+C.

D.a+b=-1.
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j X” j( x =2In|x-1-3In|x—2/+C.
x—1 x— 2

Vay a—2 b——3 Vay a+b=-1.

Cau 63. Cho biét | 2)‘—+76
X° +5x+

A. P=3. B. P=12. C P=7. D. P=13.
Loi giai:

Taco [l gy [ 2T x—j( 3 de 3In|x+2/~In|x+3+C.
X +5X+6 x+2 x+3 x+2 X+3

dx=aln|x+2/+bIn|x+3]+C(a,beR). Tinh P=a’+ab+b*.

a=3
Nén{ } 1:>P:a2+ab+b2 =

Cau 64. Cho biét J.Ex;jsde:aln|x+iq+bln|x—2|+C.Ménhd‘énéo sau day dung?
X" —=X—-

A.a+2b=8. B. a+b=8. C. 2a-b=8. D.a-b=8.

Loi giai:

Ta cé: jﬂ —J(———jdx=5In|x+1|—3|n|x—2|+C.
(x+1)(x-2) X+1 x-2

_ |a=5
Vay —a-b=8.
b=-3

Ciu 65. Ho nguyén ham ctia ham s& f(x)=(3x_)2 trén khodng (2;+x) la
X—2
2 2
A.3In(x-2)+——+C. B. 3In(x— 2)——+C
X—2 -2
C. 3In(x- 2)—L+C D. 3In(x—2)+i+C.
=72 X—2
Loi giai:
Taco: f(x)= 3x-2 3 4 do vay

(x—2) “x—2 (x-2?

IS —I[ 4 jdx=3|n(x—2 4 +
(x— 2 X— 2 (x—2)° (x-2)

Cau 66. Biét j

dx=a1n|x—2|+—+C; ;beQ,CeR. Giatri a+b béng
—4x+4 x—2

A. 1. B. -1. C. 2. D. 0.
Loi giai:
Ta co: — ad =7 (x 2)22 ! + 2 5

x"—4x+4 (x 2) (x—2) x—-2 (x—2)

= [5———dx= L, 2 - |dx=In|x-2|- 2 e Savb-n
x"—4x+4 x—2 (x—2) x-2 b=-2
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Cau 67. Biét j;“’x—+1dx=a1n|x—1|+i+c;a;be@,-ceR Tinh a+b.
x*=2x+1 x-1
A. 1. B. 1. C. 2. D. 3.
Loi giai:
4(x-1)+5
Tacs A+l dx+l (x-1)+5_ 4 5

= +
x*—2x+1 (x—1)2 (x_l)z x-1 (x—1)2

:>J~ 4x+1 d 4 5

5 a=4
X dx=41n|x—l|——+C:> =a+b=-1.
x*-2x+1 x-1 (x—l)z x—1 b=-5

CAu 68. Biét j 23x+43 dx:aln|x|+bln|x—2|+c1n|x+2|+C;a;b;ce@;CeR. Gia tri 4a—b+c bang
x° —4x
A. 3. B. 4. C. 2. D. 4.
Loi giai:
Ta co: 2x+3 _ 2x+3 a b +L:>2x+3=a(x—Z)(x+2)+bx(x+2)+cx(x—2)

x® —4x _x(x—Z)(x+2):;+E x+2

Thay x:O:—4a:3©a:—Z.

Thay x=2:8b=7<:>b=%.

Thay x=-2:8c=-1<c=——.

j 2x+3 dx=_[ 3 1+Z ! —1. ! dx=—§ln|x|+Zln|x—2|—lln|x+2|+C.
x° —4x 4 x 8 x-2 8 x+2 4 8 8
3
a=——
4
=>b=— =>4a-b+c=-4.
1
c=——
8
Cau 69. Biét j(3sin2x+2cos3x)dx=acos2x+bsin3x+C;a;beQ;CeR. Gia tri 2a+3b bf?mg
A. 5. B. 1. C. 2. D. -1.
Loi giai:
g 3
Ta co: I(3sin2x+2cos3x)dx:—3C0252x+2S1§3X+C:> 22 —=2a+3b=-1.
p=2
3
Cau 70. Biét f4sinxcos3xdx=acos2x+bcos4x+ C;a;beQ;CeR. Gid tri a+2b bgmg
A. 2. B. 1. C. 2. D. 0.
Loi giai:

Ta co: I4sinxcos3xdx=IZ(sian—sin4x)dx=J(2sin2x—25in4x)dx
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Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

a=-1
+C= b 1 = a+2b=0.

2

cosdx

=—Cos2x +

Choham s§ y = f(x) c6 ff(x)dxzxsinx+C.T1’nh f[%j

A.1+%. B. 0. C. 1. D.1-Z.
Loi giai:
Ta co f(x)=(xsinx+C)' =sinx +xcosx :f(%]zl.

Goi F(x) la ho cic nguyén ham ctia ham s§ f(x) =8sin3xcosx. Biét rang F(x) c6 dang
F(x) =acos4x+bcos2x+C . Khi d6, a—b bang

A. 5. B. 1. C. 3. D. -1.

Loi giai:

Ta cé: f(x)=8sin3xcosx =4(sin4x +sin 2x) =4sin4x+4sin 2x

= F(X)=-cos4x—-2co0s2x+C = a=-1 b=-2

Vay a-b=1.

Cho J‘f(x)dxzx2 —3x+C. Tim If(e"")dx.

A. If(e”‘)dx:e’zx—?)e’“rC. B. If(e’x)dx:Ze’x—?)erC.
C. J.f(e”‘)dx =—2e*-3x+C. D. _ff(e”“)dx =—2¢" =3¢ +C.
Loi giai:

Ta c6 If(x)dxzxz -3x+C. Suy ra f(x)z(x2 —3x+C) =2x-3.

Do do6 f(e"") =2¢7" 3.

Vay If(e”‘)dx:j(Ze”‘ —3)dx:—26’x -3x+C.

Tim tat ca cac gia tri thwc cia M d& ham s6 F(X) = x> +2x° + (m* -1)x+C (C la hang s0) la
nguyén ham ctia ham s8 f(X) =3x* +4x+3 trén R .

A. m=2. B. m=+4. C. m=4. D. m=+2.

Loi giai:

Ta co:

F(X)=x>+2x*+(m*-1)x+C

= F'(x) =3x" +4x+(m* -1).

D& F(x) la nguyén ham ctia ham s6 f(x) thi m*-1=3< m=+2.

Biét F(x)=ax* +bx+1,(a;beR) la nguyén ham ctia ham s§ f(x)=2x+1. Ténga+b bang
A. 2. B. 1. C. 3. D. 0.

Loi gidi:

a=1

ST _ _ _ 2
Cach 1: Ta c6: F(x)—jf(x)dx—f(2x+l)dx—x +x+C:>{b=1.
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B ) o\ 3 2a=2 a=1
CachZ.Taco.F(x)-2ax+b—f(x),VxeR:>{b:1 Q{bzl.

Cau 76. Biét F(x)=ax’+bx’+cx+1,(a;b;ceR) 1a nguyén ham ctia ham s& f(x)=6x2 +2x+1. Toéng

a+b+c béng

A. 2. B. 4. C. 3. D. 5.
Loi giai
a=2
Cach 1: Ta c6: F(x)—jf(x)dx—_[(6x2+2x+1)dx—2x3+x2+x+C:>{b—1.
c=1

c=1 c=1
Cau77. Biét y= F(x) la m§t nguyén ham cua ham s6 f(x) =2x+1 thoa man F(l)zZ. Gia tri F(Z)

3a=6 a=2
Cach 2: Ta c6: F'(x)3ax2+2bx+cf(x),VxeR:{ZbZ@{bl.

béng
A. 6. B. 8. C. 3. D. 2.

.....

Loi giai:
Ta co: F(x)zjf(x)dxzj(2x+1)dx=x2+x+C.
Theo gia thiét: F(1)=2 <> C=0. Suy ra: F(x)=x"+x.
Vay F(2)=6.
Cau 78. Biét y=F(x) la mdt nguyén ham ctia ham s6 f(x)=3x"+2x+4 thoa man F(0)=1. Gia tri
F(2)+F(3) bang
A. 67. B. 70. C. 45. D. 90.

Ta cé: F(x)zjf(x)dsz(sz +2x+4)dx=x3 +x* +4x+C.
F(2)=21
Theo gi thiét: F(0)=1<C=1. Suy ra: F(x)=x3+x2+4x+1:>{ (2) :
F(3)=49
Vay F(2)+F(3)=70.
Cau 79. Biét y=F(x) la mdt nguyén ham ctia ham s8 f(x)=2sin2x théa man F[%jzz Gia tri F[%J

A. —. B. 1. C. D. 2.

N | W

.....

Loi giai:
Ta cb: F(x)= If(x)dx = I2sin2xdx =—cos2x+C.

Theo gia thiét: F Zl=2ecC=1. Suy ra: F(x)=—cos2x+1.
2
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Cau 80.

Cau 81.

Cau 82.

Cau 83.

Biét F(x) 1a mot nguyén ham ctia ham s f (x)=e” va F(0)=0.Gia tri ctia F(In3) bang
A. 2. B. 6. C. 8. D. 4.

1
Tacod F(x)=[e*dx==e*+C.
acod F(x) _[e X 2e +

Theo gia thiét F(O):O<:>%e°+C:O<:>C:—%.
1 1 oms 1

Khi do F (x) =5€" -~ = F(In3)=Z¢™ -~ =4

Cho F(X) la mot nguyén ham ctia ham s8 f (x)=e*"*(x*~4x*). Ham s& F(x) dong bién
trén khoang nao sau day?

A. (—;0). B. (2;+). C. (-2,0). D. (0;+w).

Xét ham s6 y=F(x), khi d6 y'=F'(x)=f(x) (Do F(x) la mét nguyén ham ctia ham s6
f(x)=e" (x*—4x%)).

x=0
Suy ra y':0<:>exa’1zx(x4—4x2):0c> X=2 .
X=-2
Bang xét dau
x — 2 0 2 +0

oo + 0 - 0 - 0 +
Cho hai ham s& F(x)=(x"+ax+b)e", f(x)=(x"+3x+4)e". Biét a, b la cac s& thuc d&
F(x) la mdt nguyén ham cua f (x).Tinh S=a+b.
A.S=12. B. S=6. C. S=-6. D. S=4.
F(x) 1a mdt nguyén ham cua f (x) < F'(x)=f(x) = [(x2+ax+b)ex]l :(x2+3x+4)eX
a+2=3 a=1
2 (a+2 b)]e* = (x? +3x+4)e"
& [ X +(a+2)x+(a+b)]e =(x*+3x+4)e a{a+b:4©{b=3
Vay S=a+h=4.
Goi F(X)=(ax3+bxz+cx+d)eX 1a mot nguyén ham cua ham s8 f(x):(2x3+9x2—2x+5)e".
Tinh a* +b® +¢?+d?.
A. 245 B. 246. C. 248. D. 249.

F(x) la mdt nguyén ham ctia ham s6 f (x) néntacéd: F'(x)= f (X)
Ta co:
F'(x) =(3ax*+2bx+c)e* +(ax® +bx* +cx+d )e”

=[ax’+(3a+b)x* +(2b+c)x+(c+d)]e”
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Cau 84.

Cau 85.

Cau 86.

Do d6: | ax® +(3a+b)x* +(2b+c)x+(c+d) |e* =(2x° +9x* ~2x+5)e*

a=2 a=2
. o o~ |3a+b=9 b=3 s Lo o o
Dong nhat hé so ta co: = =a"+b"+c”+d° =246.
2b+c=-2 c=-8
c+d=5 d=13

Cho F(x) la mdt nguyén ham cua ham s6 f(X):il thoa man F(5)=2 va F(0)=1.
X_

Ménh dé nao duéi day dung?

A.F(-1)=2-In2.  B. F(2)=2-2ln2. C.F(3)=1+h2. D.F(-3)=2.

.....

TXD: D=R\{1}.
In(x-1)+C, khi x>1
Ta cé: F( j—dx In|x—1]+C = _ )
In(1-x)+C, khi x<1
F(5)=2 < IN4+C, =2 < C, =2-In4=2-2In2,
F(0)=1<1In1+C,=1<C, =1.
| -1)+2-2In2 khi 1
Dodé:F(X):Iid = n(x-1)+ " I x> )
x—1 In(1-x)+1 khi x<1
F(-1)=In2+1; F(2)=2-2In2; F(3)=2-In2;F(-3)=2In2+1,

Cho ham s6 f (x) c6 dao ham 1a f’(x)zzx_g, VxeR\{2} thoaman f(1)=1va f(3)=
Gia tri cua biéu thire f (0)+2f (4) bang
A. 3. B. 5. C. 7+3In2. D. -5+7In2.
Loi giai
Taco f( If IZX 3d :I(2+i]dx=2x+ln|x—2|+c.
2 X—2

f(1)=1:>2+ln1+C1=1z>Cl=—l.

f(3)=2=6+In1+C,=2=C, =—
2x+In(x-2)—4 khi x>2

vay f(x)= . :
2x+In(2-x)-1 khi x<2

Do dé f(0)+2f(4)=In2—1+2(4+|n2)=7+3|n2.

Cho ham so f (X) c6 dao ham trén mdi khoang (—oo;—%], (_%H_OO] dong thoi thoa man

f'(x)= [w;:-lj, va f(-1)+2f(0)=2In674. Gid tri cua bifu thic
2x+1 2

S= f(—2)+ f (1)+ f (4) bang

A. 2In3-In674. B. In2022. C. 2In2022. D. 3In3.

Loi giai
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1In(2x+1)+C1, khi x>_?1

' 2
=21~ 1= 1
EIn(—Zx—l)+C2, khi X<—

f(0)=C; f(-1)=C,=2f (0)+ f(-1)=2C,+C, = 2C,+C, = 2In674 .
(- 2):%|n3+c2, (1 ):%|n3+c1; f(4):%ln9+cl

=S=f(-2)+f(1)+f (4)=%In3+%ln3+%ln7+2q+c2

:%In3+%ln3+%ln9+2ln674:2|n3+2|n674:2|n2002.

2x+5 khi x>1
Cau 87. Cho ham s6 f( ) . Gia st F la nguyén ham cta f trén R thoa méan
3x2+4 khi x<1
F (O) =2.Giatricua F (—1)+ 2F (2) bang
A.27. B. 29. C.12. D. 33.

Loi giai:
2x+5 khi x>1 x> +5x+C, khi x>1
f(x)=1_, _ = F(x)= _ :
3x°+4 khi x<1 x*+4x+C, khi x<1
\ x> +5x+C, khi x>1
Vi F(0)=2=C,=2=F(x)= T
x*+4x+2 khi x<1

Ham s6 lién tuc trén R < lim f (x) = lim f (x)

x—1" x—1"

N Ilm(x +5x+C, ):Iim(x3+4x+2)

x—1* x—1"

<1+5+C =1+4+2

<C =1

x?+5x+1 khi x>1
:>F(x): _ )

X3 +4x+2 khi x<1
Vay F(—1)+2F(2):—3+2.15=27.
2x+3 khi x>1
3x2+2 khix<1
thoa man F(0)=2. Tinh gia tri ctia biéu thirc F(-2)+2F(3).
A. 60. B. 28. C. -1. D. -48.
Loi giai:

TacoF f X )dx =
‘[ )d {x3+2x+C2 khi x <1
Theobairatacd F(0)=2=0°+2.0+C,=2=C, =2

Vi F(x) la mdt nguyén ham ctia f(x) trén R nén F(x) la ham s6 lién tuc tai x =1

Cau 88. Cho ham s6 f(x) ={ . Gia st F(x) 1a mot nguyén ham cua f(x) trén R

x> +3x+C, khi x>1
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Taco lIMF(x)=limF(x) =1°+3.1+C, =1’+2.1+2=C, =1

x—1 x—1"

Vay: F(-2)+2F (3)=28.

Cau 89. Cho ham s8 f (x) thoa man f (2):—2i5 va f’(x)=4x3[f (X)]2 véi moi XeR. Gia tri cta

f (1) bang
L B. ——. c-2. D.- 1.
400 40 400 10
Loi giai
Tacs '(x)=4x[f(x)] =- f'(x)2:_4X3:{L]:_4xs:> 1 _ ¢
[f(X)] f(x) f(x)
Do f (2)=——, néntacé C=-9.Dodd f(x)=-—o— = f (1) =——.
25 X +9 10

Cau90. Cho ham s§ y=f(x) lién tuc va khdc khong véi moi X thoéa man f(0)=-1 va
f'(x)=e".f*(x),vxeR.Gia tri cia f(-1) bang

A. -1 B. —e. C. e. D. —%.
Loi giai
Tacod f'(x)=e"1?(x),vxeR
@IZL(X)):eX (vi f(x)=0 khong thoa man dang thirc nay)
X
t'(x) x
@Ifz—(X)dX:Ie dx
1 X
QIfZ—(X)d(f(X))ZJ‘e dx
1
— — X C *
f(X) e+ ( )
. 1 0 1
Thay x=0 vao (*) ta duoc ———==€e"+C <= -—=1+C < C=0.
£(0) 1
1 1 1
Dovayy ———=e" < f(X)=—== f(1)=-=.
o vay f(X) e = (X) eX:> () o
Cau91. Chohams8 f(x) thoaman f(1)=3va x(4- f'(x))= f(x)-1 véimoi x>0.Gia tri f(2) bing
A. 6. B. 2. 55 D. 3.

.....

Ta c6: x(4— f'(x)) = f(x) -1 f(x)+xf (x) =dx + 1< (xf(x)) =4x +1

= xf(x) = [[4f(x) ] dc = [(4x+1)dx =22 +x+C.
Véi x=1 thi 1f(1)=3+C<=3=3+C<C=0.
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Do d6 xf(x)=2x*+x.Vay 2f(2)=22%+2 hay f(2)=5.
Cau92. Choham s§ f(x) thoaman f'(x)+2x.f(x)=e"f(x) v6i f(x)=0,vx va f(0)=1.Khi do |f(1)

bang

A.e+1. B. . C.e-1. D. .

Loi giai

Tt gia thiét: f’(x)+2x.f(x) =exf(x), ta co: f’(x) :f(x)(ex —Zx)
f,(x)ze"‘—Z f,(x)dx= e’ —2x)dx = In|f(x)=e" -2 +C

:f(x) xj'[f(x) I( x) = ‘f( )‘ +C.

Ma £(0)=1 nén C=-1.Khi d6, ta dugc: In|f(x)/=¢' —2* 1.
Thé x=1, ta c6: 1n‘f(1)‘=e—2 :‘f(l)‘zee‘z.
Ciu93. Giasthamso f (X) c6 dao ham lién tuc trén R, nhan gia tri duwong trén khoang (0; +oo) va

théaman f(1)=1 f(x)=f'(x)y/3x+1 véimoi X >0. Ménh dé nao sau day ding?

A. 4< f(5)<5. B.1< f(5)<2. C.3<f(5)<4. D.2<f(5)<3.
Loi giai
Trén (0;+oo):f(x)zf’(x).\/3x+1@f,(x)z L <:>lnf(x):2\/3x+1 +C.

f(x)  Bx+1 3

Vi f(l):1:>C+ﬂ:O<:>C:—i.
3 3
2 —— 4 4
=Inf (x):gxl3x+1—g<:> f(x)ze5 PN (5):e5 ~3,8. Vay 3< f (5)<4.

Cau94. Choham s§ f(x) lién tuc trén R thoa man x(x+1) f'(x)+(2x+1) f (X)zl—l va f(1)=1

X
Biét f(2)=a+bIn2.Khidé, a+b bing
A.i. B. E C. 1 D. 1
6 2 3 2
Loi giai
T gia thidts x(x+1) £/(x)+(2x+1) £ ()= ~1e> (3¢ +x) £ (x)) =2 -1.

Lay nguyén ham hai v€ ta duoc: (X2 +X) f(x) ZJ.(%_ljdX =In|x|-x+C.

Vi f(l)=1nén 2.f(1)=In1-1+C < C=3.

In|x|—x+3

Do do f =

0d6 f(x) X% + X

Vay: f(2):In2+1:1+lln2:>a:b:13a+b:1.
6 6 6 6 3

HET
Hué, 17h45’ Ngdy 03 thing 9 nam 2024
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Chi dé 2:
TiCH PHAN
I. LY THUYET
1. Khai niém tich phan
a. Dién tich hinh thang cong
Hinh phang giéi hnaj boi d6 thi y=f (x), truc hoanh va hai duong thang x=a,x= b(a<b),

trong do f (x) la ham lién tuc khong am trén doan [a;b], goi la mot hinh thang cong.

y A 2 y A =
/ _‘V - X’

Bl

of 1 2  x O

Pinh 1i 1
Néu ham s8 f (x) lién tuc va khong am trén doan [a;b], thi dién tich S cua hinh thang cong

gioi han boi d6 thi y = f(x), truc hoanh va hai duong thang x=a,x=b la| S= F(b)— F(a)

trong do P(x) la mot nguyén ham cta ham s6 f(x) trén doan [a;b}.
b. Dinh nghia tich phan
Cho f (x) 1a ham s0 lién tuc trén doan [u;b]. Néu F (x) la mot nguyén ham ctia ham s6 f (x)
trén doan [u;b} thi hiéu so F(b)—F(u) duoc goi 1a tich phan tir 4 dén b ctia ham sd f(x), ki
b
higu la [ f(x)dx.
Chuy

a) Hiéu F(b)-F(a) thuong duoc ki hiéu 1a F(x)

a

Nhu vay: j.f(x)dsz(b)—F(u)

a

b
b) Ta goi J. la ddu tich phan, a 1a can dudi, b la can trén, f (x)dx 1a biéu thitc dudi dau tich

phéan va f(x) la ham s6 dudi d4u tich phan.

c) Trong tredng hop a=b hodc a>b, ta quy wdc: If(x)dx:O ; If(x)dxz—ff(x)dx

Y nghia hinh hoc caa tich phan
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y A

X

Ol a b
b
Néu ham s6 f(x) lién tuc va khong am trén doan [a;b], thi tich phan I f(x)dx la dién tich S

cua hinh thang cong gidi han boi d6 thi y = f (x), truc hoanh va hai duong théng x=a,x=>.

Vay Szjf(x)dx

2. Tinh chét caa tich phan

Cho f(x),g(x) la cdc ham s lién tuc trén doan [a;b]. Khi d¢, ta cé:

b

j x)dx = kjf dx,(keR)

j[ sl)Jax=J ()
it

2)

W

Jj (x)dx
)[ gx]dx If Jj(x)dx

4)jf(x)dx=jf x dx+ff x dx, a<c<b)

a

IL. BAI TAP TRAC NGHIEM

Cau 1:

Cau 2:

Cau 3:

Cho ham s8 y=f (x) lién tuc trén doan [a;b} va s6 thuc k tuy y. Ménh dé nao dwéi day

dung?
A. Ekf(x)dx=kif(x)dx. B. jkf(x)dx=k+if(x)dx
C. zkf(x)dxzikdx.i f(x)dx. D. :fkf(x)dxz.i[ £ (kx)dx.

Xét f(x) la mot ham s8 tiy y, F(x) la mot nguyén ham cua ham s6 f(x) trén doan [a;b].
Ménh dé nao dwdi day dung?

A. jf dx=F(b)-F(a). B. ij(x)dsz(a)—F(b).
. j £(x)dr = F(a)+ F(b). D. j £(x)dr=-F(a) - F(b).

Goi F(x), G(x) lan lwgt 1a nguyén ham ctia hai ham s6 f(x), g(x) trén doan [a;b}, k la

hang s6 khac 0. Trong cac dang thitc sau, dang thitc nao dting?
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Cau 9:

Cau 10:

Cau 11:

b b a
A. [ f(x)dx=F(a)-F(b). B. [ f(x)dx= f(x)dx.
b b c c
C. [k.f(x)dx=k[F(b)-F(a)]. D. [ f(x)dx—[f(x)dx =] f (x)dx
a a b a
Chohamsd y=f (x) lién tuc trén doan [a;b] va s0 thuc k tuy y. Ménh dé nao dudi day sai?
A [k (x)dx=k] £(x) . B. [ f(x)dx=0
C. J‘f(x)dxz—!f(x)dx. D. _ffz (x)dx:Uf(x)de .

2 2
Biét [ f(x)dr=2. Khido, [2f(x)dx bang
1 1
A. 2. B. 4. C. 4. D. -2.

Biét I x)dx =-2; J x)dx =3; Jg x)dx = 7. Dang thttc nao sau day sai?
[4f(x)-2g(x)]dx=-2. B.
[ f(x)+9g(x)]dx=10.

Biét if(x)dxzz va jg(x)dx:ﬁ Khi d¢, I[f(x)—g(x)]dx bang

A. 4. B. 8. C. 4. D. -8.
Cho ham s& f(x) c6 dao ham trén doan [1;2], f(1)=1 va f( ) 2. Gia tri jf dx bang

A I=1. B. I=_1. C.1=3. D.I:%.

Cho ham s8 f(x) c6 dao ham trén doan [1;2], f(1)=1va J'f dx 5. Gia tri f(2) bang

A. 6. B. 4. C. 3. D. 7.

Gia st f 1a ham sd lién tuc trén khoang K va a,b,c 1a cac s& bat ky trén khoang K . Khang
dmh nao sau day sai?

j X)dx = j B. jf dx+_[ :Tf(x)dx.
C. Tf Jdx=1. D. Tf Tf (x)dx.
Choif( X)dx=2 va jg X)dx=—1. Tinh | _j[x+2f (x)]dx.

N Bl 8 .:g. .11

L&p Toan thay Lé Ba Bao TP Hué 0935.785.115



Chuyén dé NGUYEN HAM — TiCH PHAN Luyén thi THPT 2025

2 4 3
Cau 12: Cho If(x) % j = . Két qua If jf(x)dx bang
1 3 2
A. § B. E C. § D. 1
8 4 8 4

Cau 13: Cho ham so f ( ) lién tuc trén R . Goi F( ) la mot nguyén ham ctia ham s¢ f (X) trén R
thoa man F(2)-F(0)=10.Khi d6 jBf x) dx bang

A. 6. B. 9. C.5. D. 30.
2

Cau 14: Biét F (X) =X’ la mot nguyén ham ctia ham s8 f (X) trén R . Gia tri cta I[2+ f (X)] dx béng
1

A. 5. B. 3. C. E D.Z.
3 3

3
Cau 15: Biét F(x) = x® 1a mot nguyén ham ctia ham s f (x) trén R . Gid tri ctia J.(1+ f (x))dx bang
1

A. 20. B. 22. C. 26. D. 28.

2
Cau 16: Biét F(x)=x" 12 mot nguyén ham cua ham s8 f(x) trén R. Gia tri cta I(6X+ f (X))dx

-1

bang
A.7—58. B. 24. C. % D. 33.

10 6
Ciu 17: Cho ham so f(x) lién tuc trén doan [0;10] va If(x)dx=7; ff(x)dx=3. Gia tri
0 2

P=if(x)dx+1ff(x)dx bang

A. 4. B. 10. C.7. D. —4.
9 7
Cau 18: Cho ham so f ( ) lién tuc trén doan [0 9] thoa man J. dX 8, J. f (X dX =3. Khi do gia
0 4

4
tri ctia P:If dX+J‘ dX la
0
A. P=20. B. P=9. C. P=5. D. P=11.
2 5 5
Cau 19: Cho [ f(x)dx=5 va [ f(x)dx=-3,khido [f(x)dx bing
0 0 2

A. 8. B. 15. C. -8. D. -15.
2 2022 2022
Cau 20: Cho If(x)dx:—l, I f(t)dt:—4. Tinh I f(y)dy
) -2 2
A. -5. B. 15. C. 3. D. 5.

3 3
Cau 21: Choham sd f(x) lién tuc trén [0;3]. Néu | f (x)dx =2 thi |[x—3f(x)]dx ban
g
0 0

L&p Toan thay Lé Ba Bao TP Hué 0935.785.115



Chuyén dé NGUYEN HAM — TiCH PHAN Luyén thi THPT 2025

Cau

22:

23:

24:

25:

26:

27:

28:

29:

30:

A. 3 B.3 C. § D —E.
2 2
2 1 4 3 4 3 .
Cho !f( k== J;f(x)dx:z Khi d6 !f(x)dx J;f(x)dx bing
A2 B. 2. c.2. D. 1.
8 4 8 4

Cho ham s6 f (x) lién tuc trén R va c6 mot nguyén ham la F(x).Biét F(1)=8, gid tri F(9)
duoc tinh bang cong thitc nao duwdi day?

A. F(9)=f'(9). B. F(9)=8+ f'(1).
9 9
= [[8+ f (x)]dx. D. F(9)=8+] f (x)dx
1 1
Ménh dé nao dwéi day dl'mg'?
21 1 Z 21 21 1
A. J—XdX:—X . C. J._X D I—XdX:—X .
1e e | 1e 1e e,

x+xJ_1

Cho tich phan | = I 4dx khang dinh nao dudi day ding?

4

A. I:(x+2\/§+§J . B. I:(x+\/§+%j1.

C. |:(x+2\/_1jl 4

4
. D. I:(x+ X—EJ .
X |, X

1

3
2 y
Biét I(X+—jdX=a+2|nb,véi a,beZ.Tong a+b bang
X
1
A. 3. B. 5. C 7. D. 6.

Tich phan Jz.ﬁ bang
o X+3

. E B. Iogg. C. In§. D. E
225 3 3 15
2
Tinh | = —dx
2X+1
A. I:EInS. B. I =In5. C. 1 =4In5. D. I =2In5.

1
Gia tri cua szmdx bang
0

A. 2019. B. L C. i D. 2020.
2020 2019
1
Chojf( )dx = x2+X+C; Ig x)dx = x* +x2+C . Khi d6, _[f(x)g(x)dx bang
0
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iy B. = C.4. p. L.
10 105 60

: Cho ham s0 f(X): 2|X—1|. Goi F(X) la moét nguyén ham cua ham s6 f(X). Biét réng

F(2)+F(0)=5. Gid tri cua biéu thic P = F(3)+ F(-2) bang
A. 4. B.O. C. 2. D. 1.

1
: Choham s8 f (x) lién tuc trén R va c6 mdt nguyén ham la F(x). Néu j f (2x)dx =6 thi gia

tri F (O)— F (2) bz‘”ing
A. -12. B. 3. C.12. D. -3.

: Cho ham s8 f(X) lién tuc trén R thoa man f(x)=3f(2x), ¥xeR. Goi F(X) 1a nguyén

8
ham cta f(X) trén R thoa man F(4)=3 va F(2)+4F (8)=0. Khido [ f (x)dx bing
2

A. -15. B. 15. C. 75. D. —75.

1
: Choham s y= f(x) la ham s@ lién tuc trén R thoa man f(x) = [Jf(x)dx].x + ﬁf(x)dx] +1
0

2023 N '
Gid tri cta J. f(x)dx bang
2022

A 2023 B. _2023 C. 4046 D. _4046
5 5 5 5

b

: Co6 bao nhiéu s6 thue b thudc khoang (72’ X 37?) sao cho I4COS 2xdx =17

T

A 4. B. 6. C. 8. D. 2.

T

6
: Biét [4sin’ xdx=az +DbV3, (4;b€Q). Tinh ab.

Al B. 2 c. 3. p. -1
3 7 4 6
[ ) T b . b
: Cho |cos®2xdx=—+—,véi a, b, ce N, — tdi gian. Tinh P=a+b+c.
. a ¢ c
A. P=23. B. P=24. C. P=25. D. P=15.

2 \
: Goi la cdc s6 nguyén sao cho Io Ve dx = 2ae” + be,(a;b IS Z). Gié tri ctia a® +b° bang

A. 3. B. 8. C. 4. D. 5.

m
: Biét I(3X2 —2X +1)dx =6, gia tri cia tham s0 m thudc khoang nao sau day?

0

A. (-12). B. (—0;0). C. (0;4). D. (-31).

1
: Néu cacsohituti a,b thoa man I ae + b dx =e+2 thi gia tri ctia biéu thiec a+b bang
0
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A. 4. B. 6. C. 5. D. 3.

1
Cau 41: Cébao nhiéu s8 thuc a d¢ j(4ax3 —3a%x% +2x +1) dx=07?
0

A. 2. B. 0. C. 1. D. 3.

Cau 42: Biét c6 hai gid tri cua s8 thuc a la a, a, (0<a <a,) théa man j(ZX—S)dX=O. Tinh
1

T=3%+3" +|og2[i).
&

A. T =26. B. T=12. C.T=13. D. T =28.
1
Cau 43: Cho J.[ 4 + 3 jdX:4 v6i hang s6 m > 6. Khang dinh nao sau day ding?
“\\/8x+17  /6x+m
A.12<m<?20. B. 9<m<12. C. m>20. D. 6<m<9.

dx bang

1
Cau 44: Tichphan I =]
0

2
x+2+Jx+3
A.%(4—3ﬁ+ﬁ). B. 2(4—3\@+ﬁ). C. §(4+2ﬁ—3\@).1). g(4+3ﬁ—2ﬁ).

3
dx
Cau 45: Biét I—zax/ngb\/EJrc véia, b, ¢ lacacs6hituty. Tinh P=a+b+c.
Jx+1-+/x
1
A. P=5. B.P=2. cp=i D.p=1C
3 2 3
z dX * a_b
Cau 46: Bié’tj =Ja-+b-cvéia,b,ceN". Tinh P=2".
l(x+l)\/;+x X+1 c
A. P=10. B. P=46. C. P=18. D. P=12.

1
Cau 47: Biét j2x+gdx=a+bln2+cln5, (a;b;ce@). Tinh a+2b+3c.
X+

A. 3. B. -5. C. 0. D. 1.
. N PAX+T ,
Cau 48: BletJ~ dx=a+bIn3+cIn5, (4;b;c € Q). Tinh a+2b+2c.
0 2x+3
A. 3. B. -1. C. 2. D. 1.
o 1 1
Cau 49: Cho I(———jdX:aln 2+blIn3, vdi a,b e Q. Tinh ab.
oAX+1 X+3
A. 2. B. E C. § D. -1
9 4
4
Cau 50: Biét | x2+21dx:a+bln3—%ln5,(a;b;CeN). Tinh a+b+c.
2 X =
A. 3. B. 2. C. 4. D. 1.

1
Cau 51: Biét jzf+idx=a1n2+b1n3, (2;b€Q). Tinh ab.
0o X~

A S B. 3. C.
5 8

\1.| w
o)
|
|
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Cau 52: Bié tjﬂdxzcwblnzjtcln& (a;b;c€Q). Tinh a+b+c.
x“+3x+2
A. 3. B. 2. C. 4. D. 1.
3
X 5
Cau 53: Cho I 5 +8 dx=aln2+blIn5 véi a,b € Z. Dang thic nao sau day dung?
> X2+ X—
A.a+b=3. B.a-b=5. C.a-2b=11. D. a+2b=11.
3
Cau 54: B Atj 23x+2 dx=a+bln2+cln5, (a;b;ce@). Tinh 5a+b+c.
0 X" +4x+4
Al B. 2. c. 3 D. 6.
3 7 4
Cau 55 dX a+bIn2+cIn3 vdia, b, cla cac sd nguyén. Tinh P = abc.
A. P=-36. B. P=0. C. P=18. D. P=-18.
2
Ciu 56: Tinh I\/x2—2x+1dx
0
A.l. B. 2. C. § D. 1.
2 2
5‘x2—x‘ ~1 c “ .
Cau 57: Cho | =|*—dx=—+bIn—, (a,b,CeN ).Téng a+b+cbang
5 X+3 a a
A.17. B. 15. C. 13. D. 16.

0
Cau 58: Biét [[sinx|dx=a—+b (a,beQ).Khids, a+4b bing

2

A.5. B. 8. C. 10. D. 7.

Cau 59: Tinh tich phan | =jmax{x3,x}dx.

A2 B. 1 Y p. 1
4 4 4 4
\ 1 12|x=2+1 3 ,
Cau 60: Biet | =J.—dX:4+a|n2+b|n5 voi a,beZ.Tinh S=a+b.
X
1
A.S=9. B. S=11. C. S=-3. D. S=5.

1
Cau 61: Tinh tich cac gia tri cua s6 thuc M d€ tich phan | = .[|2X —mjdx =2.
0

A. 6. B. -3. C. 2. D. -4
Cau 62: Biét ji iST(izd x=a+bIn3+cIn5, (a,b,ceQ). Gid tri ctia abc bang
A. —8 B. -10. C. -12. D. 16.
Céau 63: Cho I Xx ::)X dx:E—4lng v6i @, b 1a cac s6 nguyén duong. Gid tri ctia a+b bang
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Cau 71:

Cau 72:

 Choham s f (X)co f(g]ﬂwa £/(X)=—2—+1, vxe(0;7). Khi d6,

A. 8. B. 5. C.6. D. 7.
5
: Cho I ~dx=a+bIn2+cIn3 v6i a,b, ¢ la cac s6 hiru ty. Gid tri ctia abe bang
4(3(—1)
A -1 B.3. c. 2, D.2.
6 3
, ¥ +1,x21 2 .
: Cho ham so = ! . Tich phan dx ban
f(x) {Zx, x<1 P .[[f(x) * &
A2, B.2. C.3. p. 13,
2 3 3
2 khi 0<x<1 2
: Choham s y=f(x)=1x+1 ~ 77 Tinh tich phan [ f (x)dx.
2x-1 khi 1<x<3 0
A.6+In4. B. 4+1In4. C.6+In2. D. 2+2In2.
: Cho ham sd f(X) c6 dao ham trén R 1la f'(X):SinXCOSX va f(O)zl. Tinh tich phéan
7
I :_[ f (x)dx
0
A 1=F2% B. | =74 c 1=7*2 D, 1=22
2 8 16 16

o f (x)dx bang

NN e— | §

2 2 2
A In2+2Z 41, B. n2-Z 4. c. -n2+Z_~. D
32 32 32

=
N

+
RS
|

S

T

: Chohamsd f(x).Biét f(0)=4 va f'(x)=2cos’x+3,VxeR., Khi d¢, jf(x)dx bang
0

2 2 2 2
T°+2 B. T +87r+8. C. T +87r+2. D. T +67[+8.

8 8 8 8

V1

A.

: Choham g f(x).Biét f(0)=4 va f'(x)=2sin’x+1,VxeR. Khi do, j.f(x)dx bang
0

A 7* +157 B 7 +167-16 C 7’ +167 -4 D 7t —4

16 ) 16 ) ) 16 ) T 16

l 3
Cho ham s6 f(x) c6 f(0)=-2 va dao ham f'(x)=——, Vx> -1. Tich phan | f (x)dx
(¥) e (0 (9= ot phin [ 1)
bang
A% B. 10 c B, D. -8
3 3 3 3

Choham s& f(x) c6 f %J:—g va f'(x)=16cos4x.sin’x, VxeR . Tinh | :j f (x)dx.
0
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A.I=—f7z. B. I = 64 . C.I=E7z. D. | =0.

3 27 3
Cau 73: Cho ham s6 y:f( ) c6 dao ham lién tuc trén R va thoa man J.[ +xf( ) ]dx 2. Gia

0
tri f(2) bang
A. 2. B. 0. C. 2. D. 4.
Cau 74: Choham s8 y= f(x) c6 dao ham trén (0;+0). Biét x* 1a mét nguyén ham cua x* f '(x) trén
(0; +oo) va f (1) =1.Tinh f (e)
A. 2. B. 3. C. 2e+1. D. e.
1
Cau 75: Néu I[fz(x)—f( )]dx 5 va I[ +1] dx =36 thi If dx bang:
0
A. 10. B. 31. C.5. D. 30.
1 4
Cau 76: Choham sd f(x) = x/X + j xf (x)dx. Tinh | = j f (x)dx.
0 0

A=22 B 1 =22 148, D. 1 =22,
35 35 35 35

Cau 77: Cho F(x) la mot nguyén ham ctia ham s f (x) = |1+ X| —|1— X| trén R va théa man F(1)=3.
Tinh téng F (0)+F(2)
A. 3. B. 2. C.7. D. 5.

Cau 78: Biét jf t)dt=xcosnx. Tinh f(4).

A 2. B. 4. c.l p. L
4 2
Cau 79: Cho ham s6 f(x) xac dinh, c6 dao ham, lién tuc va dong bién trén [1;4] thoa man

x+2xf(x) =[ f'(x)]2 ,Vxe[1;4], f(1) = % .Gia tri f(4) bang

AL B, 361 c. 381 p. 37t
18 18 18 18
Cau 80: Cho ham s y= f(x) xdc dinh va lién tyc trén R\{0} thoa man f(1)=-2, f(x)= 1 va

x*f2(x)+(2x-1) f (x)=xf'(x)-1 VxeR\{0}. Tinh I =jf(x)dx.

A. I:—2In2—§. B. I:—2In2—1. C. I:—In2—§. D. I:—In2—1.
4 4 4 4

Cau 81: Cho ham s6 y= f(x) c6 dao ham lién tuc trén [O;+OO) vaf thda man f(x)>0,Vx20 va

(x+1) f'(x)= f(x) Vx20.Tinh \[f(2) —[f (2).

A. Ing. B. lIng C. Ini. D. lInﬂ.
8 2 8 3 2 3
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Ciu 82: Cho ham s6 f x lién tuc trén R. Biét f x >1,f 0 =0 va thoa man

22
f’(x)\/x2 +1 :2x\/f(x)+1. Khi dé I f'(x)dx bang

A. 3. B. 8. C. 1. D. 6.
Ciu 83: Cho ham sd y=f(x) c6 dao ham, nhan gid tri duong trén (0; +o) va thoa man

21'(x?) = 9x/ f (x?) v6imoi X e (0; +0). Biét f(%j:% tinh f(%)

AL B. 1. c = D. 1.
4 3 12 6
Cau 84: Cho ham s0 y= f(x) c6 dao ham lién tuc trén R va thdéa man 2f (x)+ f'(x) =2x+1, VxeR
1
va f(0)=1.Gid trj cua [ f(x)dx bang
0

At B.i- L. c L. D. L.
2e 2e 2e 2e

1
Cau 85: Cho ham s§ f(x) lién tuc trén [0;1] thoa man f(X)=4x’+k véi k= j x? f (x*)dx . Khi d6
0

1
j f (x)dx bing
0

A.é. B.§. C. 2. D.E.

2 3 3
Cau 86: Cho ham s8 y= f(x), f(x)>e*,vxe(0;+») théa man (x+1)f(x)—xf '(x)=¢€*, f (1) =3e.Gi4

2
tri j f (x)dx bing
1

A. 3e?-3e. B. 3¢’ —e. C. 3¢°. D. 3e? +e
Cau 87: Cho ham s6 y= f(x), f(x)>e",Vxe (O; +00) thoa man (x+1) f (x)—xf '(x) =e*, f (1) =3e.Gia

2
tri | f(x)dx bang
1

A. 3e?—3e. B. 3e?—e. C. 3¢e2. D. 3e’+e

Cau 88: Cho ham so thdoa man f(l)z1 va f'(x)- f(x) L, Vxe(0;40). Gi4 tri cia f(2)
2 X“+X x+1
thudc khoang nao dwdi day?
A. (3,2). B. (2;3). C. (3;4). D. (0;1).

Cau 89: Cho ham s6 f(X) lién tuc trén (0;+00), thdéa man f (1) = % va 3xf (x) = x*f'(x) = 2[ f (X)]2 ,

f(x)#0 véix e (0;+0). Goi M, m lan luot la gia tri 16n nhét, nhé nhét cia ham s& f (X)
trén doan [1;2]. Téng M +m bang
21

. B.Z. C. —. D.
10 5

oo
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Cau 90: Cho ham da thic bacba y = f(X) c6 d6 thi ham sd Yy = f'(X) dwoc cho béi hinh vé sau:

W

Gia tri biéu thirc f(3)— f(2) bang
A. 20. B. 51. C. 64. D. 45.

Cau 91: Cho ham s f (x)= ax® +bx? +cx+d,(a;b;c;d e R) c6 hai diém cuc tri Xx=0,X=2 va d6 thi

nhw hinh vé bén dudi:

|
\\ Wi @
Bo
.‘X—
vy

0
Gia tri aj( f (x)+2)(x2 —2x)dx bing
e

A.g. B.E. C.g. D.E.
9 3 27 9

111 LOI GIAI CHI TIET

Cau 1:

Cau 2:

Cho ham s8 y=f (x) lién tuc trén doan [a;b} va s6 thuc k tuy y. Ménh dé nao dwéi day

dung?
A. j:kf(x)dxzkj:f(x)dx. B. j:kf(x)dxzk+;ff(x)dx.
C. :fkf(x)dxzj:kdx.zf f(x)dx. D. .kaf(x)dxz.i[ £ (kx)dx.

Xét f(x) la mot ham s6 tuy vy, F(x) la mot nguyén ham ctia ham s6 f(x) trén doan [a;b].

Ménh dé nao dudi day dung?
A. If(x)dx=F(b)—F(a). B. If(x)dsz(a)—F(b).

a
b

. j £(x)dxr=F(a)+ F(b). D. [ f(x)dx=—F(a)-F(b).

a
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Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Goi F(x), G(x) lan luot 1a nguyén ham cta hai ham sd f(x), g(x) trén doan [a;b], k la

hémg s6 khac 0. Trong cac dang thiic sau, dang thiic nao ding?

b a
A. j x)dx = F (a)—F (b). B. [ f(x)dx= f(x)dx.
b
at) c c
C. _[k f(x)dx=k[ F(b)-F(a)]. D. [ f(x)dx—[ f(x)dx=] f(x)dx.
a a a
Loi giai:
b
Tacé: [k.f(x)dx = kj x)dx =k[ F(b)-F(a)].
a
Chohamsd y=f (x) llen tuc trén doan [u;b] va s0 thuc k tuy y. Ménh dé nao dwdi day sai?
b b a
A. [kf (x)dx=K[ f(x)dx. B. [ f(x)dx=0
Z u” ”b b 2
C. [ f(x)dx=—] f(x)dx. D. jfz(x)dxz[jf(x)de .
a b a a
2 2
Biét [ f(x)dr=2. Khido, [2f(x)dx bang
1 1
A. 2. B. —4. C. 4. D. 2.
Loi gidi

2
Ta co: j2f x dx=2jf x dx=4.
Biét I x)dx =-2; '[ x)dx =3; '[g X) dx = 7. Déng thttc nao sau day sai?

Aj[4f 29(x) Jdx=-2. B. | f(x)dx=1.

[100
C. jf(x)dx=—5. D. j[f +9g(x)]dx=10.

.....

Tacéjf(x)dx=jf(x)dx+if(x)dx: ff dx+j X)dx =-3-2=-5.

4

Mt khéc: i[4f(x (x)]dx = 4[ X) dx — 2jg X)dx=4.3-2.7=-2.

j[f(x (x)]dx = If dx+'[g x)dx =3+7=10.
1 1

Biét if(x)dxzz va jg (x)dx =6. Khi do, j.[f(x)—g(xﬂdx bang
1 1 1

A. 4. B. 8. C. 4. D. -8.
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Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cho ham s6 f(x) c6 dao ham trén doan [1;2] , f(l) =1 va f( ) 2. Gia tri If dx bang

A I=1. B. I=_1. C.1-3. D.1=".

2

.....

Cho ham s6 f(x) cO dao ham trén doan [1;2], f =1va If dx 5. Gia tri f(2) béng

A. 6. B. 4. C. 3. D. 7.

-----

Tacs: [ f(x)ax=f(x)f =£(2)- F(1) & £(2)- F(1) =5 f(2) =6

Gia st f 1a ham sd lién tuc trén khoang K va a,b,c la cac s& bat ky trén khoang K . Khang
dmh nao sau day sai?

c b
j X)dx = j B. [ f(x dx+_[ )= [ £ (x)dx.
b a

cjf()dxl D. [ f(x) jf x)dx.
Lbiagidi: a
Taco: [ f(x)dx=F (x)|'=F(a)-F(a)=0.

2
Chojf( Jdx =2 va J.g x)dx =—1. Tinh | —Hx+2f (x)]dx.

-1
AT=2, B.I=L. c1=2L p.1-2

2 2 2 2
Loi gidi:
X[ 3 17

Ta c6: |_j[x+2f (x) ]dx_— +2j X) dx — 3jg dx =2 +22-3(-1) ==
Cho j.f(x)dxzé, j.f(x)dx:%.Ké't qua J.f(x)dx—if(x)dx bang

1 3 1 2
A2, B.2. c.2 p 1

8 4 8 4

L(‘figidi

) 3 2 4 1 3 5
Ta co: If x)dx—jf(x)dx=If(x)dx+jf(x) =§ 11

1 2 1 3

Cho ham so f (X) lién tuc trén R . Goi F( ) la mot nguyén ham ctia ham s¢ f ( ) trén R

thoa man F (2)-F (0)=10. Khi d6 j3f X) dx bing
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Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

A. 6. B. 9. C. 5. D. 30.

-----

2
Biét F(x)=x" 1a mot nguyén ham ctia ham s6 f (x) trén R . Gi trj cta I[2+ f (X)] dx bang
1

A. 5. B. 3. C.E. D.Z.
3 3

-----

Ta co: z[[2+ f (x)]dx:(2x+x2)12:8—3:5.

3
Biét F(x) = x° 1a mot nguyén ham ctia ham s§ f(X) trén R . Gia trj cta J. 1+ f (x))dx bang
1

A. 20. B. 22. C. 26. D. 28.

.....

:=[x+x3)]‘j=30—2=28.
1
2

Biét F(x)=x" 1a mot nguyén ham cta ham s8 f(x) trén R. Gi4 trj cua I(6X+ f (x))dx
e

bang

A.E. B. 24. C. % D. 33.
5 5

Loi giai

Ta c6 j(6x+ f(x))dx =(3x* +x4)‘: =12+16-3-1=24.

-1
6

10
Cho ham so f(x) lién tuc trén doan [0;10] va If(x)dx=7; If(x)dx:3. Gia tri
0 2

2 10
P=If(x)dx+ff(x)dx bang
0 6
A. 4. B. 10. C.7. D. 4.

.....

10

Ta co: P=Ef(x)dx+19f(x)dx =L[f(x)dx+if(x)dx}+ﬁf(x)dx+l~ff(x)dx}
=l:l_ff(x)dxwt:!‘f(x)dx}+{j;)f(x)dx+ff(x)dx} =(7-3)+0=4.
Cho ham s§ f (x) lién tuc trén doan [0;9] théa man j. f(x)dx =8, jf f (x)dx =3. Khi d¢6 gia

4 9
tri ctia P :J' f (x)dx+_[ f(x)dx la
0 7
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A. P=20. B. P=9. C. P=5. D. P=11.
Loi giai

Ta co: If(x)dx:8@If(x)dx+J.f(x)dx+If(x)dx:8
@If(x)derJ.f(x)dx:S—J.f(x)dx<:>J.f(x)dx+J.f(x)dx:8—3:5.

2 5 5
Cau 19: Cho [f(x)dx=5va [ f(x)dx=-3,khido [ f(x)dx bing
0 0 2

A. 8. B. 15. C. -8. D. -15.

.....

Ta cé jf(x)dx;[f(x)dx+j1f(x)dx<:>j.f(x)dx=if(x)dx—jf(x)dx=—3—5=—8.

Cau 20: Cho jf(x)dx:—l, szf(t)dt=—4. Tinh ZTzf(y)dy.
A. —5? ; B. 15. 2 C. -3. D. 5.
Loi giai
Ta co: I f(y)dy:J.f(y)der J. f(y)dyzjf(x)dx+ I f(y)dy

2022 2022

< | f(y)dyzJ;f(y)dy—if(x)dx:—4+1:—3.

3 3
Cau 21: Choham s f (x) lién tuc trén [0;3]. Néu [ f(x)dx =2 thi [[x—3f(x)]dx bang
0 0

A -3 B.3. c. 3. D. -3,
2 2
Loi giai
3 W2 3 3 _3
Ta c6 I[x—3f(x)]dx=£—] —3jf(x)dx=——32=?
20 1 4 ’ 30 4 3 .
Cau 22: Cho !f(x)dx=E,J3' f (x)dx:Z.Khl do !f(x)dx—! f (x)dx bang
A. § B E C. E D. 1
8 4 8 4
Loi giai
Ta co
4 2 3 4 4 3 2 4
jf(x)dx=jf(x)dx+jf(x)dx+jf(x)dx:>jf(x)dx—j f (x)dx:jf(x)dx+jf(x)dx
1 1 2 3 1 2 1 3
1 3 5
=4 —=—
2 4 4

Cau 23: Chohamsd f(x) lién tuc trén R va c6 mot nguyén ham la F(x). Biét F (1) =8, gid tri F(9)

duoc tinh bang cong thirc nao duwdi day?
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A. F(9)=1(9). B. F(9)=8+ f'(1).
C. F(9)=j'[8+f(x)]dx. D. F(9)=8+j'f(x)dx.
Loi gidi 1 1

=F(b)—F(a) (véia<b).

:jf(x)dx: F(X)E:F(9)—F(1):F(9)—8:F(9):8+;ff(x)dx.

Cau 24: Ménh dé nao dudi day dung?

2 2 2 2 2 1
A Jidx:i B. jidx:exl. C. J.idx:exz. D jidx:i 1
ch e” ch 2 xh L s e"|,
Loi giai:
21 2 > 1|
Ta co: I—de:je’xdx:—e’X =—
e 1 Loet,
4 2 _ .
Cau 25: Cho tich phan | = I L\Z/;ldx, khang dinh nao dwdi day dang?
X
11 4 1 4
A. I:(x+2\/§+—j : B. I:(x+\/§+—j .
X 1 X 1
4 4
C. I:(x+2f—lj . D. I=(x+ x—lj .
X 1 X 1
Loi gidi
4 2 4 4
|=jL2&1dx=j(1+i—i2de=l=(x+2«/§+1j .
1 X 1 \/; X X
: 2
Cau 26: Biét I(X+—jdx=a+2|nb,véi a,beZ.Tong a+b béng
X
1
A. 3. B. 5. C. 7. D. 6.

.....

2 3

3
Ta ¢ j(x+§jdx=%+2ln|x|

=%+2In3—%:4+2In3:>a=4;b=3:>a+b=7.

1

2
Cau 27: Tich phan J‘i bang
o X+3

A. E B. IogE. C. InE. D. E
225 3 3 15
Loi giai

Tacé: |2 —Injx+32=In>.

o X+3
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Cau 28: Tinh | = —dX
2Xx+1
A I:%IHS B. I =In5. C. 1 =4In5. D. | =2In5.
Loi giai
2d(2x+1
Ta c6 Izj dx = I ( )_In|2x+]4§:In5.
0 2X+1 o 2x+1
Cau 29: Gia trj cta j 20X bing
0
1 1
A. 2019 B. —. C.—. D. 2020.
2020 2019
Loi gidi
2020 |1
Ta co: IXZOlng _X =L.
2020 0 2020

1
Cau 30: Chojf( )dx = X2 +X+C; Ig

0
NS b 1L ca.
10 105
Loi giai
Ta c6 f(x):(jf(x)dx) =2x+1;9(x (Ig ) = 4x3 +3x2
1 1
Do d6 I f(x)g(x)dx :j(2x+1)(4x3+3x2)dx:—1.
0 0 10

x)dx =x*+x3+C. Khldo,J-f(X)g(X)dX béng

p. L.
60

Cau 31: Cho ham s8 f(x)=2[x-1. Goi F(X) la mdt nguyén ham ctia ham s& f(x). Biét réng

F(2)+F(0)=5.Gid tri ctia biéu thtc P = F(3)+ F(-2) bing
A. 4. B.0. C. 2.

)
Taco P=F(3)+F(-2)=

0

Cau 32: Chohams6 f(X) lién tuc trén R va cé mot nguyén ham la F(

tri F(0)-F(2) bang
A. -12. B. 3. C.12.

h 1
Tacd | f(2x)dx=6==
acoj (2x)dx =

0

f(2x)d2x=6 :j

O e

F(2)+ij(x)dx+F(O)+j f(x)dx=0.

D. 1.

1
X). Néu [ f(2x)dx=6 thi gia
0

D. -3.

x)dx=12= F (0)-F (2)=-12
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Cau 33: Cho ham sd f (X) lién tuc trén R thoa man f (X) =3f (2X), VxeR. Goi F (X) la nguyén
8
ham caa f(X) trén R thoaman F(4)=3 va F(2)+4F(8)=0. Khi d6 jf(x)dx béng
2

A. —-15. B. 15. C. 75. D. —75.

-----

Co: f(x)=3f(2x), VxeR :>j£ f (x)dx :3]3' f (2x)dx <:>f f(x)dx = gj f (2x)d(2x)

= FOf, =S FO = F(4)-F) =S [F®) - F(4)]

Ma F(4)=3 va F(2)=—4F(8) nén 3+4F(8)=§[F(8)—3]:> F(8)=-3 va F(2)=12
Vay [ f(x)dx=F(8)-F(2)=-15.

1 2
Cau 34: Choham s8 y=f(x) la ham s6lién tuc trén R thoa man f(x)= Uf(x)dx}.x + (If(x)dxj +1.
2023 N ' '
Gid tri cta I f(x)dx bang

2022

A 2023 . B. 2023 ‘ C. 4046 . D. 4046 .
5 5 5 5
Loi giai

f(x)z[j f(x)dx}ﬂ[j f(x)dx}tl: f(x)=ax+,

2

f(x)@ f(x)dx}x+@ f(x)de+l<:> ar+b :[I(ax+b)dxjx+ [(wc+b)dx+1

0
1 5 2
}.x+[a.x—+bx ]+1
2
0 0
a

<:>ax+b:[—+bjx+2a+2b+1

2
{a—ﬂw {a—2b=0 =73
= 2 =

xZ
Sax+b= a.?+bx

N

=
b=2a+2b+1 (2atb=-1 bz_é
2 1 *F 4046
:>f(X)——gx—gjza[zf(X)dx——T.

b
Cau 35: CO4bao nhiéu sd thuc b thuoc khoang (72’ X 37?) sao cho _[4005 2xdx =17

T
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A 4. B. 6. C. 8. D. 2
Loi giai:
b
Ta cé: I4c032xdx=1<:> 2sin 2x|2 =
T
. w="4k2zr |b=Z+kx
c>sin2b:§<:> g c (keZ)
2b:?”+k2 b="Z +kz
e Voi b:£+ kr:
12
Ma be(;r;37z):>1<i+k<3,(ke%):kzl;Z:b:B—ﬁ;%—”.
12 12 12
e Voi b:5—7[+ kr:
12
Ma be(mi3r) = 1<~ +k<3,(keZ)=k=12=b=17,297
12 12 12
Vay c6 4 s thuc b thdéa man yéu cau bai toan.
&
Cau 36: Biét I4sin2xdx:aﬂ+b\/§,(a;be(@). Tinh ab.
0
AL B. 2. c. 3 p. -1
3 7 4 6
Loi gidi:
: : :
Ta co: f4sm xdx = j41 COSZJCdx f(2 2cos2x)dx (Zx sm2x)‘ Z—ﬁ.
15T ) 3 2
Suy ra: azé bz—lzabz—1
P 7 b . b,
Ciu 37: Cho |cos®2xdx=—+—,vdi a, b, ce N, = t6i gian. Tinh P=a+b+cC.
a C C
A. P=23. B. P=24. C. P=25. D. P=15.
Loi giai:
8 81+ cos4 1 1. s 1
Ta co IcosZZde=.[( £eosX —| X+=sin4x ez
0 0 2 4 0 6 8
Vay a=16,b=1c=8=P=a+b+c=25.
n 1 s~ R 2 [ 2 2 e a2 12y
Cau 38: Goi la cac s6 nguyén sao cho IOVe dx = 2ae +be,(a;b€Z). Gid tri cia a” + b” bang
A. 3. B. 8. C. 4. D.5.
Loi gidi:
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2

1 1
IOZ Ve dx = .[02 eEde = 2.65“1 =4¢*—2¢ a,b

0
Vay a=2;b=2 va a®+b*=8

Cau 39: Biét I(SXZ —2X +1)dx =6, gia tri cia tham s& m thudc khoang nao sau day?
0

A. (-12). B. (—;0). C. (0;4). D. (-31).
Loi giai:
Ta co: _[(3x2 —2x+1)dx=6 <:>(X3—X2 +x)

0

Vay me (0;4).

::6<:>m3—m2+m—6:0<:>m:2.

1
Cau 40: Néu cacsO htru ti a,b thoa man I(aeX + b)dx =e+2 thi gia tri ctia bi€u thiic a+b bfing
0

A. 4. B. 6. C. 5. D. 3.
Loi giai:
1 a=1 a=1
Ta c6 .[(aex+b)dx=(aex+bx)r=ae+b—a = N —a+b=4.
) 0 b—-a=2 b=3
1
Cau 41: Cobao nhiéu s6 thuc a dé j(4ax~°'—3<s€x2 +2x+1)dx =07
0
A. 2. B. 0. C.1. D. 3.
Loi gidi:
Ta co:
i 3 2,2 4 2.3 2 L 2 a=-1
I(4ax —3a%x +2x+1)dx:(ax —a®®+x +x)‘ - a’+a+2=-0 .
0 0 a=2

Vay c6 hai s0 thuc a thoa man.

Cau 42: Biét c6 hai gia tri cta s6 thuc a la a, a, (0<a <a,) théa man I(ZX—S)dx:O. Tinh
1

T =3%+3" +|og2(ij.
&

A. T =26. B. T =12. C. T =13. D. T =28.
Loi gidi:
Ta co: j(2x—3)dX:(X2—3X)

1

T a=1
Vi I(ZX—B)dX:O nén a*-3a+2=0, suy ra .
] a=2

Laic6 O<a <a, nén a =1; a,=2.

=a’-3a+2.

a
1

Nhu vay T =3%4+3% 4 log, (%j =3'4+324 log, (%J =13.
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1
Cau 43: Cho j[ 4 + 3 ]dx =4 véi hang s8 m > 6. Khang dinh nao sau day dtng?
\\Bx+17  /6x+m

A.12<m<20. B. 9<m«<12. C. m>20. D. 6<m<9.
Loi giai:

1 1
Ta c6 j[ 4,8 jdx :(4.%.2\/8x+17 +3%.2\/6x+m)
_ -1

A\\Bx+17  /6x+m

:(5+M)—(3+M)=2+\/6+_m—\/m_—6.

1
4 3 m>6
Do dé ' k=4 2+6+m-Jm-6=4 =
Il(J8x+17 J6x+m] {\/_6+m:2+\/_m—6

{mZG {sz {sz {sz
& = Dt & < m=10.

:(J8x+17 +J6x+m)1
-1

6+m=4+4/m—-6+m-6 Jm—-6=2 m-6=4 m=10
Vay m=10.

dx bang

1
Cau 44: Tichphan I =

2
OM+ X+3
A 2(4—3J§+J§). B. 2(4—3\/§+\/§). C. §(4+2J§—3J§).D. g(4+3J§—2J§).
Loi giai:

2 12(/x+2—+/x+3 1
;[\/x+2+\/x+3dX=£ ( 1 )dx=—2£(\/x+2—\/x+3)dx

1 3t 4( 3 3 3
2—(42 —-2.32 +22j
o 3

2 3
—2.—(x+2)2
2 (x+2)
=ax/§+b\/§+c véia, b, ¢ lacacs6 hitu ty. Tinh P=a+b+c.

Taco: | =

3

I :2.1[\/x7+3dx—2J1‘de=2§(x+3)2
-4 (o-6v+242) - £(a-35+ 7).

0

Cau 45: Biét j

1Jx+1—J;
A. P=5. B.P=2. c.p=2 D. p=28,
3 2 3
Lb’igidi'
Ta c6 X+1+/x)dx = { X+1)vX+1+= x\/_}
[ [T R =] S
16 14
| 2423 |- =2 +5 | =203 -2+ .
(3+ fj (3[+3j g2
Vay a=2; b——ﬂ C—E Suyra P = 2—ﬂ 14 16.
3 3 3 3 3
Cau 4e: Bletj dx —x/a—x/B—CVéi a,b,ceN". Tinh P:a—_b.
L (X+DVX + x4/x +1 c
A. P=10. B. P=46. C. P=18. D. P=12.
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Loi gidi:
2 2

J- J- (x+1)v/x x+1 '2[ (x+1)x —x x+1dx
(x+DJ_+xe+ 3 X(x+1)° (x+n 1 x(x+1)

=j[ﬁ_ﬁ]dx=(z&_zm)\l _42-2F-2-\32-2-2.
a-b 32-12

Suyra a=32, b=12, c=2. Vay P=—=T=1O.
C

1
Cau 47: Biét j6x+gdx:u+bln2+cln5, (a;b;ce@). Tinh a+2b+3c.
X+

A. 3. B. 5. C. 0. D. 1.
Loi gidi:

1
1 1 7In{3x+5
Tacé:j6x+3dx:_[(2— 7 de: 2x—#
0 3x+5 3x+5 3

0 0

:2—Zln8+zln5 :2—7ln2+zln5.
3 3 3

Suy ra: a=2;b=—7;c=§:>a+2b+3c=—5.

Cau 48: Bi t_[4x 7dx:a+bln3+cln5, (a;b;ce@). Tinh a+2b+ 2c.

A. 3. B. -1. C. 2 D. 1.

1
1 I In2x+3
Tacé:j4x+7dx=j 2+ 1 dx = 2x+M
2x+3 0 2x+3 2

0

= 2—11n3+11n5.
2 2

Suyra: a=2;b=- ;c=%:>a+2b+2c=2.

1

2
1

Cau 49: Cho I(L—ijdx aln2+biIn3, véi a,b € Q. Tinh ab.

X+1 X+3
A. 2. B. E C. § D. -1.
9 4
Loi gidi:

1 1 1
TacoI(;IE—;:EJdX=Unh+ﬂ—iﬂx+3mo:(m2—4n4)—0n1—m3)=—4n2+m3
suyra a=-1b=1=ab=-1

4

Cau 50: Biét I x2+21dx:a+b1n3—§1n5,(a;b;cEN). Tinh a+b+c.

» X —

A. 3. B. 2. C. 4. D. 1.
Loi gidi:
Ta co: Xt2 _ x+2 A =x+2=a(x+1)+b(x-1)

x? —1_(x—1)(x+1) Cx-1 x+1
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Cau 51:

Cau 52:

Cau 53:

3

A+B=1 |73

= A—B—2© 1
- g1

2

4
Ltac do: ]{ x2+2 dx:(§1n|x—1|—lln|x+1|j
5 x =1 2 2 ,

= 21n3—11n5.
2

Suyra: a=0;b=2;c=1=a+b+c=3.

1
Biét jzi”idx =aln2+bIn3, (a;b€ Q). Tinh ab.
o X~

A2 B.2. c. 2 D. -3,
5 8 7 2
Loi giai:
Taco: 2t 2l A B o ori1-A(x+2)+B(x-2)
x° -4 (x—2)(x+2) x—-2 x+2
5
A+B=2 A=2
= = )
2A-2B=1 3
B=2
4
1
Liac do: J~2x+1 E1n|x—2|+§1r1|x+2| =—21n2+§1n3.
4 4 . 4
Suyra:a=—2;b=§:>ab=—§.
4 2
Bi€ tI 2x+1 dx:a+b1n2+cln3,(a;b;ceQ). Tinh a+b+ec.
X2 +3x+2
A. 3. B. 2. C. 4. D. 1.
Loi giai:
Taco =L 2l A B oo A(x+2)+B(x+1)

X +3x+2  (x+1)(x+2) x+1 x+2

A+B=2 [A=-1
= = .
2A+B=1 |B=3

2x+1

Lac dé: j dx=(~In|x +1)+3In|x+2|) =7In2-4In3.
x? +3x+2 1

Suyra: a=0;b=7;c=-4=a+b+c=3.

3
Choj 2X+8 dx=aln2+bIn5 véi a,b € Z. Pang thitc nao sau day ding?

> X*+X—
A.a+b=3. B. a-b=5. C.a-2b=11. D. a+2b=11.
Loi gidi:

: x+8 :
Ta c6: j j(—+—jdx (3In|x—-11-2In|x+2))|; =7In2-2In5.
X*+X— 2 S\AX=1 X+2

Suyragiatrila: a=7,b=-2.
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Cau 54:

Cau 55:

Cau 56:

Cau 57:

Bié tjﬂdx:a+bln2+cln5, (a;b;ce@). Tinh 5a+b+c.
x“+4x+4
Al B. 2. c. 3 D. 6.
3 7 4
Loi giai:
3 3 _ 3 3
Tacé:j 23x+2 dx=f3(x+2)24dxzj 5 4 > dx=(3ln|x+2|+ 4 J
0 X" +4x+4 0 (x+2) ol x+2 (x 2) xX+2

:—§—3ln2+3ln5.
5
Suy ra: a=—%;b=—3;c=3:>5a+b+c=—6.

dX a+bIn2+cIn3 védia, b, cla cac sd nguyén. Tinh P = abc.

A. P=-36. B. P=0. C. P=18. D. P=-18.
Loi giai:

Ta cé
Px=2
:_Ix+1 +£de

f
- J‘(l——]dxﬂ.(l—%jdx

1

2

x+1

—(x—3|n|x+1| L + x—3|n|x+1|)E
—(2-3In3)+1-3In2+5-3In6-2+3In3

=2-6In2+3In3
Viay a=2,b=-6,c=3= P =abc=-36
2
Tinh I\/xz —2X+1dx
0
A.l. B. 2. C. E D. 1
2 2
Loi giai:
2 2 1 2
j\/xz —2x+1dx:I|x—1|dx:j(l—x)dx+f(x—1)dx
0 0 0 1
2 1 2 2
= x—x— + X——x =1
2 2
0 1
5‘x2—x‘ ~1 c “ .
Cho | =|—dx=—+blIn—=, (a,b,CeN ).Téng a+b+cbang
5 X+3 a a
A.17. B. 15. C. 13. D. 16.
Loi giai:
Ta co:
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Cau 58:

Cau 59:

Cau 60:

5 1X2 X
! dx £X+3d j
1 1 12
J(x 4)dx— I—dx+ (x—4) dx+J—dx
0 0 3

1

=T 12in(x+3)] —4+12In(x+3)f = L +12In >
2 0 172 2

Suyra:a=2;b=12;c=3=a+b+c=17.

T

6
Biét I|sin Xdx=a-+b (a,beQ).Khido, a+4b bing

A.5. B. 8. C. 10. D. 7.

(cosx)6 =2—£_2 \/§
2 4

/2 4

6 0 6
Ta co: I |sin x| dx =— '[ sin xdx +Isin xdx = (cos x)
0 2

2 2

Suy ra: a=2,b:§ nén a+4b=>5.

Tinh tich phan | = '2[ max {x3, x}dx :

A2 B. 1. c p.
4 4 4
Loi gidi

Dat f(x)=x"-X ta cé bang xét ddu sau:

dx_—f[x 4+—j j:.(x 4+X1—53]dx

X - -1 0 1 +C

fx) _ 0 + 0 - 0 +

Dua vao bang xét dau ta cd.
VXe[O;l],f(x)£0c>x3—x§0<:>x3£x:>max{x3,x}:x.

VXe[l;Z],f(x)20c>x3—x20<:>x32x:>max{x3,x}:x.
Ta co: | :j:max{xe’,x}dx :Jl'max{x3,x}dx+imax{x{x}dx.
0 0 1

1

T 3 i fa 1., o 17
NenI:Jmax{x,x}dx=jxdx+jxdx=—x x| ==,

0 0 1 2 0 1 4
» 52|x—2|+1 B ,
BletI=I—dx=4+a|n2+bln5vo1a,beZ.Tth=a+b.

X

1

A. S=9. B. S=11. C. S=-3. D. S=5.

.....

L&p Toadn thay Lé Ba Bao TP Hué

0935.785.115



Chuyén dé NGUYEN HAM — TiCH PHAN Luyén thi THPT 2025

Taco [x—2|= X—2 khix>2
aco “l2-xkhix<2’
2
Do dé | = IZ|X 2|+1 J-2|x 2|+1
1 2 X
2 2 5
jz O+ gy, 22 dx=j(§—2jdx+j(2—§j dx
1 2 X 1 X 2 X
—(5In X|— 2x)2 (2x—3|n|x|)5—4+8ln2—3ln5
_ - .

1
Cau 61: Tinh tich cac gia tri cua s6 thuc m dé tich phan | = I|2X —mjdx =2.
0

A. 6. B. -3. C. 2. D. -4

.....

Thl. m<0=2x—-m>0vxe[0;1]
1

= | =I(2x—m)dx=(x2—mx)‘z =1-m
0

=>l-m=2cm=-1.
Th2. m>2=2x-m<0vx e [0;1]

== j(m 2x)dx = (mx—xz)‘l=m—1.
0

0

>m-1=2&m=3

Th3. 0<m<2
% 1 m " 2 2 2
| = j(m 2x) dx + I(Zx—m)dx:(mx—xz)‘j+(x2—mx) —+(1-m)+—=—-m+1
0 m 2
2
2 —
:>m——m+1:2<:>m2—2m—2:O<:> m_1+ﬁ(loai)
2 ~1-4/3

Tich cac gia tri cuia Mla -1.3=-3.

Cau 62: Bié tIX +5X+2dx:a+bln3+cln5, (a,b,CeQ).Giétri cua abc b:?mg
X +4x+3
A. —8. B. -10. C. -12. D. 16.
Loi giai

2 2 2 2
Ta co: J.XZLMdX:I 1+X—_l dx=j(1—i+i]dx
o X*+4x+3 L (x+1)(x+3) oL x+1 x+3
:(x—ln|x+1|+2ln|x+3|)‘z:2—3In3+2ln5.
Vay a=2,b=-3,c=2, do d6 abc=-12.
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1
Cau 63: Cho I X +§)X dx=——4|n% véi a, b 1a cac s6 nguyén duong. Gia tri ctia a+b bang

o (X+

A. 8. B. 5. C.6. D. 7.

Loi giai:

L2 L(X*+6x+9)-4(x+3)-9+12 1

_[X+2)de:j( ) (2 dx = j 3 > |dX

2 (x+3) 0 (x+3) 0 X+3 (x+3)

=1- 4In|x+3||0——|0 14?3123 4t
X+ 3 4 4 3

Theoglathlet :>a—5, b=3nén a+b=8.

dx=a+bIn2+cIn3 véi a,b, ¢ 1a cac s6 hitu ty. Gid tri ctia abc bang

Cau 64: Cho j

x 1)
. B.3. c 2, D.2.
6 3
Loi giai:
p 3 s 1 [ 1 1
I dx:1n|x—1” ———| =In4d-In3+—=—+2In2-In3.
4( _ . x—) ¢ ox-1|, 12 12

Ta tim dwoc a=—;b=2;c=—1.Véy abc=—1.
12 6

2 2
Cau 65: Chohamsg f(x)= bzl ne phan If(x)dx bang
2x,x<1 0
A2, B. 2. C. 3. D. 3.
2 3 3
Loi giai:
2 1 13
If(x)dx=jf dx+j X)dx = ijdx+I x? +1 )
0 0
2 khi 0<x<1 3
Cau 66: Chohamsd y=f(x)=1qx+1 - .Tl’nhtichphénjf X)dx
2x-=1 khi 1<x<3 0
A.6+In4. B. 4+1In4. C.6+In2. D. 2+2In2.
Loi giai:
3 1
Ta co: J.f(x)dx If dx+I x)dx = J.—dx+ (2x—1)dx
0 0

:2In|x+]ﬂz+(x —x)L:In4+6.
Cau 67: Cho ham s8 f(X) c6 dao ham trén R 1a f'(x)=sinxcosx va f(0)=1. Tinh tich phan
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A1=E4 B. | =
2

Loi giai:

Taco: f(x)= I f'(x)dx = jsinxcosxdx = J'sinxd sinx =2 5

sin0 sin? x

f(0)=1< +C=1sC=1 f(x=)

T

0

% % Ho Y 4 n
Khi dé: | ij(x)dxzj[smz X+1jdxzj(l_czszx+1jdX=I(%—C022deX
0

Cau 68: Chohamsd f(x)cé f(%):m@ f'(x)=%+1, Vxe
Sin” X

2 2
A. N2+ 4+ 7. B. n2-Z 1.
32 32
Loi giai:
2
sin? x

+1 suy ra f(x):j{

Ma f[£j=4 suy ra C:4—%.

Ta co: f'(X)= Sy

Khi d6 f(x)dx= [—2cotx+x+4—%}dx=[

N\ﬁ'—.b‘g‘) N
NN —n |

2
—2In|sin x|+X—+(4—£jx}
2 2

3r+2 S5r-2

. D. I = !
16

X+C.

T

0

(0;7).Khids, | f(x)dxbang

NN — | Q

2 2

C. —|n2+7z-——7z. D. |n2+7r——7r.
32 32

+1}dx:—2(:otx+ x+C.

2
:In2+ﬂ—+7z.
32

N\ah‘g

T

Cau 69: Chohamsd f(x).Biét f(0)=4 va f'(x)=2cos’x+3,vxR., Khi do, Tf(x)dx bang
0

A 72 +2 B 72 +87+8 C
g . —8 . .
Loi gidi:

Cach 1: Tw luan

7+ 81 +2 72 +67+8

D.
8

Ta co J-f"(x)dxz_[(Zcos2 x+3)dx =I(4+cos2x)dx =%sin2x+4x+C

:>f(x)=%sin2x+4x+Cl.

Ta c6 f(O):éL:Cl:4:>f(x):%sin2x+4x+4.

Vay

O i [Ny

0

401 1 ,
xdx=|| =sin2x+4x+4 =| ——cos2x +2x~ +4x

T
¢ 7 +8r+2

8

0
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Cau 70:

Cau 71:

Cau 72:

Cach 2: Tw duy tric nghiém

Tacs: if'(x)dx=f[§j—f(0)@f(f]=f<0)+if'(x)dx-

T
T

Mat khac: Txf'(x)dx:jxdf(x ‘OZ T x)dxcj‘f(x)dx:%f[%J—j‘xf’(x)dx

T

4
Cho ham s& f(x).Bié't f(O):4 va f’(x):Zsinszrl,Vxe]R. Khi do, If(x)dx bang
0
A, Fot15m p, X +167-16 c T b4 p, % =4
Co16 ' I 16 Co16
Loi giai

f’( ) 2sin*x+1=1-cos2x+1=2—cos2x

Suy ra f(x)=2x—

Suy ra If(x)dx = (xz + coz2x - 4xj

sin2x

+C. Vi f(0)=4=>C=4

42t +16r—4
6

0

3
Cho ham so f(X) co f(O):—Z va dao ham f’(X)= ! , VXx>—1. Tich phan If X ) dx

Vx+1
bang
A% B 2. c. B3 D. -2,
3 3 3 3
Loi gidi
Ta co: f f dx dx =2vx+1+C.
)= 100d- [ e

Do f(0)=-2 nén C=-4.Suyra: f(x)=2Vx+1-4.

Khi do: }[f X)dx = J'(Z\/ﬁ 4)dx ( (x+1)/x+1- 4xj

Cho ham s& f(X) o f(ij_g va f '(X)=16COS4X.Sin2 X,VxeR .Tinh | :J' f (X)dx.
0
A.I=—ﬂ7r. B.I=%7r. C.I:Eﬂ. D. 1 =0.
3 27 3

.....

Ta cé: f'(x)=16c0s4x.5in” X =8OS 4X.(1—C0S 2X) =8COS4X —4COS6X —4COS 2X..
=If'@de=418am4x—4u36x—4a32xﬁx=2ﬂn4x—§sM6x—2ﬁn2x+C

Ma f z =—§rénZgnﬁ—ggn§3—29n£+C:—§:>C:—ﬂ.
4 3 3 2 2 3 3
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Cau 73:

Cau 74:

Cau 75:

Cau 76:

Khi d6 '[ f (x)dx=f 25in4x—zsin 6X—2sin 2x—ﬂ x=—4—ﬁ.
3 3 3
0 0

Cho ham s6 y = f(x) c6 dao ham lién tyc trén R va thoa man J.[ )+ xf'(x)- ]dx 2. Giad

tri f(2) bang
A. 2. B. 0. C. 2 D. 4.

-----

@xf(x)‘0—2=2<:>2f( )=4<:>f( ):
Cho ham s8 y = f (X) c6 dao ham trén (0;+wx). Biét x* 1a mdt nguyén ham caa x*f '(X) trén
(0; +oo) va f (1) =1.Tinh f (e)

A. 2. B. 3. C. 2e+1. D. e.
Lbigidi
Vi x* 1a mot nguyén ham ctia X*f '(x) trén (0;+) nén ta c6
2
2f(x)=(x*)'=2 fi(x)==.
X 1(x)=(x*)'=2x = f'(x) -

Tacé'[f'(x)d !;dx 2Inx1_2lne—2In1:2:f(e)—f(l).
=2="f(e)-1= f(e)=2+1=3.

Néu j[fz(x)—f( ) Jx=5 va j[ )+1] dr=36 thi jf dx bing;:

A. 10. B. 31. C.5. D. 30.
Loi gidi
Ta co I[ ]dx 5<:>J.f2 J.f(x)dx=5 @Ifz(x)dxzjf(x)dx+5(1).

Lai c6 i[f( )+1] dx =36 aj[fz x)+2f(x)+1]dx=36.
<:>j.f2 (x)dx+2J.f(x)dx+J.dx=36 (2). Thay (1) vao (2) ta duoc:
j.f(x)dx+5+2jf(x)dx+1:36© 3jf(x)dx=3o < jf(x)dleo. Vay jf(x)dx =10.

1 4
Cho ham s8 f (X) = x/X + j xf (x)dx. Tinh 1 = [ f(x)dx.

0
A.|—528. B. | = 438 C.Izﬂ. D.Izﬁ.
35 35 35 35
Loi giai
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Cau 77:

Cau 78:

Cau 79:

1 1 1
Dét'[xf(x)dx:a.Suyra f(x):x\/;+a:>xf(x):XZ\/§+ax:>jxf(x)dx:j(x2 x+ax)dx
0 0 0
b h 2 a 4
a=|x’Jxdx+alxdx==+=-=a=—.
Jixaxraax=2+g = a2
77 o 35

Cho F(X) la mot nguyén ham ctia ham s§ f (x)=[1+x|-[1-X| trén R va théa man F(1)=3.
Tinh tong F (O)+ F (2)

4 5 4
Vay f(x):x\/;+;.5uyra J(xﬁ+$]dx:[§x2+ﬂxJ _ 528
0

A. 3. B. 2. C. 7. D. 5.
Loi giai
—(1+x)—(1-x) ,khix<-1 -2 khix<-1
Tacod: f(x)=1(1+x)—(1-x) ,khi-1<x<le f( 2x ,khi-1<x<1.
(1+x)+(1-x) ,khix>1 ,Khix>1

Ta co: F(O)—F(1)+F(2)—F(1):f|lf(x)dx+'2rf(x)dx:'TZxdx+'2f2dx:1.
:>F(O)+F(2)=1+2F(1)=1+2-3127. 1 l l
Biét jf t)dt =xcosnx. Tinh f(4).

A. 2. B. 4. C.

N
O
N |-

.....

Goi F(t) 1a mot nguyén ham cua f (t).

g(x)= [ f(t)dt=F (1)} =F(x*)~F(0)=xcosnx
0
= g'(x) = 2xF'(x*) = cos mx — mxsin nx = 2x.f (x* ) = cos mx — mxsin 7x
Cho x=2 tacé: 4f (4)=cos2n—2nsin2n=1= f(4)=%.Véy f(4)=1.
Cho ham s6 f(x) xac dinh, c¢6 dao ham, lién tuc va dong bién trén [1;4] thoa man

x+ 22/ (x) =[ f(0) ], Vrell;4], £(1) = % .Gid tri f(4) bng

LY B, 361 c. 38 p. 37t
18 18 18 18
Loi giai
' 2 '
Ta c6 x+2xF(x) =[f(D)F < x(1+2£(0) =[f ()P & LT _yo FO 1

1+2f(x) J1+2£(x)

J'\/%dx J.x/_dx<:>1/1+2f(x‘ =—<:> 1+2f(4) - 2—2 f(4)‘@
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Cau 80:

Cau 81:

Cau 82:

Cho ham s8 y = f (x) x4c dinh va lién tuc trén R\{O} thoa man f (1) =2, f(x)= 1 va
X
4

X f2(x)+(2x-1) f (x)=xf'(x)-1 VxeR\{0}. Tinh I :.[f(x)dx.

A. I=—2|n2—§. B. I=—2|n2—1. C. I=—|n2—§. D. I=—|n2—1.
4 4 4 4

.....

X2 f2(x)+(2x=1) f (x)=xf"(x) -1 x* £ 2 (x)+2xf (x)— f (x)=xf"(x)-1

< X2 F2(x)+2xf (x)+1=xf'(x )+f <:>[xf +1]2=(xf X )'c>[xf (x)+1}2=(xf (x)+1)'.
Do d6 (Xf(x—)ﬂ);:l j( x=[dx= c=x+C
[ xf (x)+1] [ xf (x +1]
Ma f(1)=- :>—f(11)+ = == =1+C=C=0
Nén —Xf(x)+1=x:>xf(x)+1=—§:> f(x)z—%—%.

4
=l—ln4—1+ln1:—2In2—§.
4 4

b of 11 1
Suyra | f(x)dx= (————jdx:(——lnxJ
-!‘ () J1‘ Xt X X

Cho ham s8 y= f(X) cé dao ham lién tuc trén [O;+oo) vaf thoa man f(X)>0,VX20 va

(x+1) f’(x)=ﬂ)2() >0.Tinh \[f(2)-[T (1).

1

.....

Suy ra

I(r) dx= J‘2 x+1)(x+2 dx:>\/7 F _I 8

Cho ham s60 f x lién tuc trén R. Biét f x >1Lf 0 =0 va thdéa man

242
f’(x)\/x2+1=2x\/f( +1. Khi d6 If dx bang

A. 3. B. 8. C. 1. D. 6.

.....

5 f' +1=2x x+<:>f,(x)=x
Tacd f/(x)Vx’ +1=2 \/f() : 2\/f(X)+1 Jx? +1

:>\/f(x)+1=\/x2+1+C
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Ma f(O)zO nén C=0. Suy ra f(x)z

=8.

)‘2\/5 .

22
Khi do If’(x)dx:f(x .
0
Ciu 83: Cho ham sd y=f(x) c6 dao ham, nhan gid tri duong trén (0; +c) va thoa man

21'(x*) =9x4/ f (x*) véi moi x € (0; +0). Biét f(%jz% tinh f(%j

2‘2*/5

0

A, B. <. c . D. .
4 3 12 6
Loi giai:

TacéQf’(x)—Qx\/T \/% [\/(L)J' 9 [ f(xz)}'zgx2

DodoJ '[gxzdx— x*+C . Ma f[ ]: f .\/;JrC(:)C:o.

2
3
Suy ra f(xz)z%x‘jc f(X)z%x ( j (%j -5

Ciu 84: Cho ham sd y= f(x) ¢6 dao ham lién tuc trén R va thoa man 2f(x)+ f'(x) =2x+1, VXxe R

1
va f(0)=1.Gia tri cta _[ f (x)dx bﬁng
0

A1 B.1- - . c . D. L.
2e 2¢? 2e 2e
Loi giai:

2f(x)+ f'(x) =2x+1< 2f(x)- ™ + f'(x)-e” = (2x+1)- ™ & (f(x)-e™) = (2x+1)-€°
= f(x)-e* :I(2x+1)-ezxdx:%(2x+1)-ezx—%-ezx+C.

Do f(0)=1nén c=1.Suyra f(x)=x+%.
e

jdx 1—2—12.

Vay j f (x)dx = j(
1

Cau 85: Cho ham s6 f(x) lién tuc trén [0;1] thoa man f(x)=4x’+k véi k =IX2f(X2)dX. Khi dé
0

1
j f (x)dx bing
0

A2 B. 2 C. 2 D. 2
2 3 3
Loi gidi:
1 1 e k) 4 k 2
Tacé: k= [X*F (7)o = [x* (4 +k)ix=| ——+=— | =—+-=k==
] ) 9 3 ) 9 3
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Cau 86:

Cau 87:

Cau 88:

1 1 2 5
Do d6 _[ f (x)dx :I(4x3 +—jdx=—.
0 0 3 3
Cho ham s8 y = f(x), f(X) >€*,VXe(0;+w) théa man (x+1)f (x)—xf (x) =¢*, f (1) =3¢ .Gia

2
tri j f (x)dx bing
1

A. 3e?-3e. B. 3¢° —e. C. 3¢°. D. 3¢’ +e
Loi giai:
HTacs (+DF(x)-xF ()= o D ry & p-L

X X

X NG

@[exf(x)];—l@if(x)zhc
X X
Ma f(1):3e:>e1f(1):1+C:>C=2:>%f(x)=§+2
= f(x)=(2x+1)e"
Vay i f(x)dx:i(2x+l)exdx =3’ —e.
Cho ;ém sO yl: f(x), f(x)>e*,Vxe(0;+w) thoa man (x+1)f(x)—xf'(x) =€, f(1)=3e.Gia
2

tri .[ f (x)dx bang

1

A. 3e?-3e. B. 3¢° —e. C. 3¢°. D. 3¢’ +e
Loi giai:
HTaco (x+D)F()—xf () =e* = CFDE p i 8 iy L

X X

@[ﬂ} e N
X X

X X

Ma f(l)=3e= e f(1)=1+C=C =2 f(x) =242
X X

= f(x)=(2x+1)e"

2 2
Vay I f(x)dx = I(Zx +1)exdx =3e’—e.
1 1

X2+x  x+1

Cho ham s§ thoa man f(l):% va 1= ) L X e (0i4e0). Gid tri caa (2)
thudc khoang nao dwdi day?

A. (32). B. (2;3). C. (3;4). D. (0;1).

Loi giai:

Ta co:
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f’(x)—xfz(rz(:X:(Ll@X:lf’(x)— fix):lc{x—ﬂf(x)} 1 X ) xeC

X X
X 4
Cho x=1=C+1=1=C=0= f(x)= = f(2)=—.
X+1 3
Ciu 89: Cho ham s6 f(X) lién tuc trén (0;+oo), thoa man f (1):1Vé1 3xf (x) — x> f'(x) :2[f(X)]2,

2
f(x)#0 voixe (O;+oo). Goi M, m Tan luot 1a gid tri I6n nhét, nho nhat cia ham s& f (x)

trén doan [l; 2] .Tong M +m bﬁmg

A2 B. L. c 2. p. 2.
10 5 10 5
Loi giai

+) Xétham s§ f (X) trén (0;+00) ta c6: 3xf (x) = x*f'(x) =21 %(x)

< 3 (x) =X /(%) = 2xF (%) <:>(X) i) -x fI(X):2x<:>( X j =2x (1)

f%(x) f(X)
ham h 1) ta d X 'd 2xd 3 2+C
LN A \ s AN . — =
ay nguyén ham alvecua()ta woc I 0 X J. Xdx < ) x“+C
Méf(l)zlnén r =1’+C < C=1.Suyraf(x)= X :
2 fQ) X2 +1
e S
+) Xét ham s6 f (X) = 71 tren[l,Z] .
, XA (x? +1)—2xx3 4 2
Xétham s f'(x) = (x+y) XX 0 veivxe[L2].
(x2+1) (x2 +1)
Suy ra M =rH;azl]xf(x)= f(2):§;m=r[rl1;i2?f(x): f(l)=%.
Vay M+m:1+§:2—1.
2 5 10

Cau 90: Cho ham da thitc bacba Yy = f(X) c6 d6 thi ham s6 Y = f'(X) dwoc cho béi hinh vé sau:
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Cau 91:

Gi4 tri biéu thic f (3)— f (2) béng

A. 20. B. 51. C. 64. D. 45.
Loi giai:

Gia str f'(X) =ax? +bx+c trong d6 a#0 c6 d6 thi (C)

Ham s6 y = f'(X) dat cuc tri tai X:—%zo suyra b=0.

(O;l)e(C) suyra c=1.
(1;4)e(C) suy ra a=3.
Do d6 f’(x):3x2+1.
3
Vay f(3)-f(2)=[(3x"+1)dx=20.
2
Cho ham so f (X):ax3+bx2 +CX+d,(a;b;C;d ER) ¢ hai diém cuc tri X=0,Xx=2 va d6 thi

nhu hinh vé bén dudi:

y
3
—1 / 2 T
0 '
0
Gia tri aj(f(x)+2)(x2—2x)dx bing
a
A.g. B.E. Q§ D.E.
9 3 27 9
Loi giai:
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Dua vao do thi ta thdy d6 thi ham sd di qua 2 diém A(—l; - 2) va B [0; %j nén ta co:

—-a+b-c+d=-2 —a+b—c=%8
2 = (1)
dzg d_g
3

Mit khac ta cé: f'(x)=3ax* +2bx+c.

. . A, , f'(o)zo C:O C:O
Theo gia thiét ta co: < = (n)
f'(2)=0  [12a+4b+c=0 12a+4b=0

fo(l) va (II) ta co:

-1

2¢(2 2

Suy ra: aj X)+2)(X* —2x)dx :EJIEXE’—ZXZ+§+2)(x2—2x)dx
:gjl[ s_10 xt+4x® +8x2—16x}dx:2

3 3703 3
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Chu dé 3: ’
MOT SO UNG DUNG CUA TiCH PHAN

I. LY THUYET
1. Ung dung tich phan dé tinh dién tich hinh phing
a. Hinh phang gi6i han béi mét do thi ham s6, truc hoanh va hai dwong thing x=a,x=b

A

2 /
—V1 o] 1 2 X:
1+

Dién tich S ctia hinh phang gi6i han béi d6 thi ctia ham s§ f (x) lién tuc, truc hoanh va hai

»

4
§

4
duong thing x=a,x=b(a<b), duoc tinh bang cong thitc:| S= j|f(x)|dx

b. Hinh phang gi6i han boi hai d6 thi ham s va hai dwong thang x=a,x=b
YA
4 4

3....

2--

ed 4

-1 9 1 2 3 4

2. Ung dung tich phan dé tich thé tich vat thé
a. Tinh thé tich vat thé
Céng thiic tinh thé tich vdt thé
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AL

-

. | .

O a X [ )

;
AT )
- ——
)
\
:

S

Cho mot vat thé trong khong gian Oxyz. Goi f 1a phan vat thé gi6i han bdi hai mat phang
vudng gdc voi truc Ox tai cac diém c6 hoanh d§ x=a,x=b. M0t mat phéng vuong goc voi
truc Ox tai diém c6 hoanh dd 1a x, cdt vét thé theo mit cat cd dién tich 1a S(x). Gia st S(x)

la ham s0 lién tuc trén doan [a;b]. Khi d¢, thé tich V cua phan vat thé g duogc tinh bdi cong

b
thc:| V= J.S(x)dx

b. Tinh thé tich khdi tron xoay

yﬂ

Cong thiic tinh thé tich khi tron xoay

Cho ham sd f (x) lién tuc, khong am trén doan [a;b].

Khi quay hinh phing gidi han boi d6 thi ham s8 f(x), truc hoanh va hai duong thang
x=a,x=b xung quanh truc hoanh, ta dwgc hinh khéi goi la mét khdi tron xoay.

Khi cat khéi tron xoay dé boi mot mat phang vudng goc véi truc Ox tai diém x e [a;b] dwoc

b
mot hinh tron xoay c6 ban kinh f(x). Thé tich khéi tron xoay nay 1a:| V =z [[ f(x)] dx

3. Ung dung tich phan d¢é tinh dién tich hinh phing
Bai toan: Gia st mét vat chuyén dong c6 van tdc thay doi theo thoi gian, v=f (t) (0 <t< T).

Chting minh rang quang duong L vat di dugc trong khoang thoi gian tir thoi diém t=a dén

b
thoi diém t=b;(0<a<b<T) la:| L=[o(t)dt=F(b)-F(a) | trong d6 F 1a mdt nguyén ham bt

Kicta f trén (0;T).
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Nhic: ~ CACBAI TOAN DAN DEN KHAI NIEM DPAO HAM
Két qua 1: Bai toan tim van tdc tic thoi
Quang duwong s cta chuyén dong la mot ham so cua thoi gian t: s= s(t). Luc d6, vdn téc tic

thoi cia chuyén dong tai thoi diém ¢, 1a: | o(t,)=s'(t,)

Két qua 2: Bai toan tim gia tdc tirc thoi
Quang duong s cua chuyén dong la mot ham s6 ctia thoi gian t: s= s(t). Lutc d6, gia tdc tikc

thoi ctia chuyén dong tai thoi diém ¢, la: a(t0 ) = s"(t0 ) = v’(to)

Két qua 3: Bai toan tim cwong do tirc thoi
bién luong Q truyén trong day dan 12 mot ham s6 cta thoi gian t: Q= Q(t). Lac do, cuong

do tifc thoi cua dong dién tai thoi diém ¢, 1a:| I, =Q'(¢,)
IL. BAI TAP TRAC NGHIEM
Dang1: UNG DUNG TiCH PHAN DE TINH DIEN TiCH HINH PHANG
Cau 1: Chohamso y=f (X) xac dinh va lién tuc trén doan [a;b] . Dién tich hinh phéng gidi han boi do

thi hAm s6 y=f (X) , truc hoanh va hai duong théng X=a,X=Db duogc tinh theo cong thirc nao
dwdi day?
a b b
A. _ﬂf(x) X f (x)dx|. C. ﬂf(x)‘dx. D. If(x)dx.
b a a
Cau 2: Cho ham s6 y=f (x) lién tuc trén R. Goi D la dién tich hinh phéng gioi han boi do thi

(C ) y=f (x) , truc hoanh, hai duong théng x=-2, x=4 (tham khao hinh vé bén du6i).

y

flx)

Gia st S, 1a dién tich hinh phang D . Ménh dé nao dudi day sai?

A. s, =j;‘f(x)‘dx. B.S,= jf(x)dx
C.S,= Jl;f(x)dx - j.f(x)dx‘. D.s, —_J;f x)dx — jf

Cau 3: Cho hinh phéng (H ) gi6i han boi d6 thi cua hai ham s6 fl( ) va fz( ) lién tuc trén doan
[a;b] va hai duong thing x=a, X =b (tham khao hinh v& dudi).

Yy

[9) t; ¢y ":.XQI) x
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Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cong thtic tinh dién tich ctia hinh (H) 1a

A. S =Z‘fl(x)— f, (x)|dx. B. S =z(f1(x)— f,(x))dx.
C.S :z‘ f, (x)+ f,(x)|dx. D. S :i fz(x)dx—i f, (x)dx.

Choham s6 y = f (x) lién tuc trén doan [u;b] .Goi D la dién tich hinh phang gi6i han boi d6
thi (C):y = f(x), truc hoanh, hai duong thing x=a, x=b (nhu hinh vé duéi day).

/

Gia st S,, la dién tich hinh phang D . Ménh dé nao dudi day ding?

As, =E f(x)dx+;i £(x)d. B. S, :_E f(x)dx+jj £(x)a.
C.s, :j f(x)dx—j: £(x)ax. D. s, :_j f(x)dx—j: £(x)ds.

Dién tich caa hinh phéng (H ) duoc gidi han boi d6 thi ham s6 y=f (x), truc hoanh va hai
duong thang x=a, x=b (a<b) (phén t6 d4m trong hinh vé dudi day) tinh theo cong thiic:

)

(C):y=f(x)

A.Szjf(x)dx. B.Sz—j:f(x)dx+.i[f(x)dx.

C. S=

[ f(x)dx‘. D. szi f(x)dx+ii £(x)d.

Goi S la dién tich hinh phang giéi han boi cac duong y=¢*, y=0, x=0, X=2. Ménh dé
nao duwdi day dung?

2 2 2 2
A.S= njezxdx. B.S= Iexdx. C.S= ﬂIeXdX. D. S= Iezxdx.

0 0 0

0

Dién tich ctia hinh phéng gi6i han béi cac duong y =cos’ X;y =0 va x=0;x = % bang
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A ZeL B. 2 +1. ezt D. 2.
4 2 4 8 4 8
Cau 8: Goi S la dién tich cua hinh phéng gioi han boi cac d6 thi ham sd y = X’ +3 va y = 4x. thmg

dinh nao dwéi day dung?

3 3
A.S:ﬂxz—4x+3‘dx. B.S:I(x2—4x+3)dx.

3 B
C. S = [(jx* +3/~|4x])dx. D. S = [|x* +4x+3dx.

1 1

Cau 9: Chohamso y=f (x) lién tuc trén doan [—2;2], c6 d6 thi tao vdi truc hoanh mdt hinh phéng
gom 3 phan cé dién tich S; S,; S, nhu hinh vé bén dudi:

Tich phan i f (x)dx bang
-2

A.S,+S,-5,. B. S -§5,+S,. C. S5 +5,+85,. D. -5 +§5,-5,.
Cau 10: Chohamsg f (X) c6 do thi trén doan [—3; 3] la duwong gap khuc ABCD nhu hinh vé.
yA
e
A2
3
Tinh I f(x)dx.
3
A2, B. 2. c =2, D. =2,
2 6 2 6

Cau 11: Chohams6 y=f (x) xac dinh, lién tuc va cb nguyén ham trén [—2;4] va co do thi nhuw hinh
vé dudi day.
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, 4
Tinh I = Lf(x)dx.
A.1=8. B.1=4. C.I=6. D.1=2.

Cau 12:

Cau

Cau

Cau

Cau

Cau

Cau

13:

14:

15:

16:

17:

18:

Phan hinh ph:fmg (H ) duoc gach chéo trong hinh vé dudi day duoc gidi han bdi d6 thi ham
s8 y=f(x), y=x*+4xva hai duong thing x=-2;x=0.

| H
\ =/
\“ /
\ —
\.‘ = ,/,
\ —7
N4
[ 4
Bigt | f(x)dx= 5+ Diéntichhinh (H) bing
-2
AL B. 1 c.2 D. 2.
3 3 3 3
Dién tich hinh phang gi¢i han béi hai @6 thi f(x)=x>-3x+2; g(x)=x+2 la
A.S=8. B. S=4. C.S=12. D. S=16.
Dién tich hinh phéng gidi han boi cac duong y=7— 2x%, y=x*+4 béng
A.5. B. 3. C. 4. D.g.

Dién tich S cta hinh phang gi¢i han béi cac duwong y=2x°, y=-n, X=4 va truc tung duoc
tinh boi cong thitc nao duwdi day ?
4

B. S =n”2x3‘dx.

-7

A. S=i(2x3—n)dx.
0

4 4
C. S ={(2x*+m)dx. D. S = [[2x°|dx.

0 -
Dién tich ctia hinh phang gi6i han boi (P):y = x* -4, tiép tuyén cua (P) tai M (2;0) va truc
Oy la

A.S:f. B.S=2. C.S:§. D.S:Z.
3 3 3

Dién tich hinh phang giéi han boi dwong cong y =4 - |x| va truc hoanh la

A. 4. B. 0. C. 1e. D. 8.

Tinh dién tich S ctia hinh phing (H) gidi han boi d6 thi ham s8 y =+/x, truc hoanh va
duong thang y = x-2.
10 16 22

S=—. C.S=—. D.S=—.
3 3 3

A.S=2. B.
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Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cho hai ham s6 y=f (X) vay=g (X) lién tuc trén doan [a;b] véoi a<b. Kihiéu S, 1a dién
tich hinh phéng gioi han boi cac duong y =3f (X), y =39 (X), X=a, x=b; S, 1a dién tich
hinh phang giéi han boi cac duong y = f (x)-2, y=g(x)-2, x=a, x=b. Khang dinh nao

sau day dung?
A. §, =26§,. B. S, =3S,. C. 5§ =2§5,-2 D. S, =25, +2.

Choham s6 y=e", goi S, la dién tich hinh phéng gioi han boi cac duong y=e*;x=-1x=k
va S, la dién tich hinh phéng gioi han boi cac duong y =e”;x=k; x =1. (tham khao hinh vé).

Ay
y=¢
2
/%1/
> -1 0 1 2 X
Xac dinh k d€ S, =S,.
A. kzln(e+1)—ln2. B. k:2ln(e—lj—1. C.k=2In2-1. D. k=In2.
e e

Mot vién gach hoa hinh vudng canh 40cm . Nguoi thiét ké da st dung bon duong parabol co
chung dinh tai tam vién gach d€ tao ra bon canh hoa (dugc td mau sam nhu hinh vé).

Dién tich mdi canh hoa ctia vién gach bang

A. 800cm?. B. ?cmz. C. %cmz. D. 250cm?.

Cho hinh vuéng ABCD tdmO, d6 dai canh la 4 c¢cm. Puong cong BOC la mot phan cta
parabol dinh O chia hinh vudng thanh hai hinh phang c6 dién tich Ian lwot1a S, va S, (tham

khao hinh vé).

4cm
B C
Sy
4cm
(e}
Sz
A D

C oS s
Ti s6 =+ bang
2
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Cau 23:

Cau 24:

Cau 25:

A.z. B.i. C.l. D.§.
5 2 3 5

Ong X mudn lam ctra rao st c6 hinh dang va kich thiedc nhue hinh vé bén, biét duong cong
phia trén 1a mét Parabol, chat liéu lam la inox. Gia 1m? vat tw va cong lam la 1.300.000 dong.
Hoi 6ng X phai tra bao nhiéu tién dé& 1am cai ctra sat nhw vay (Iam tron dén hang nghin).

45m

3.Em

3Em

A. 13.050.000 dong. B. 36.630.000 dong. C.19.520.000 dong. D. 21.077.330 dong.
Mot san béng hinh chi nhat véi dién tich 200m*. Nguoi ta mudn trong co trén san béng theo
hinh mét parabol bac hai sao cho dinh cta parabol trung véi trung diém mot canh cta san
béng nhu hinh vé bén. Biét chi phi trong co 1a 300 ngan dong cho mdi mét vudng. Xac dinh
chi phi tréng co6 can c6 cho san bong trén?

A. 30 triéu dong. B. 60 triéu dong. C.50 triéu dong. D. 40 triéu dong.

Mot cai cong hinh Parabol nhuw hinh vé sau. Chiéu cao GH =4m, chiéu rong AB=4m,
AC = BD =0,9m. Chu nha lam hai canh cdng khi dong lai la hinh chit nhat CDEF t6 dam c6
gid 1a 1200000 dong/m?, con cac phan dé trang lam xién hoa c6 gia 1a 900000 dong/m?. Hoi
tong sO tién d€ 1am hai phan ndi trén gan nhat voi so tién nao dudi day?

G

C i 0

A &

A. 11445000 dong. B. 4077000 dong. C. 7368000 dong. D. 11370000 dong.
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Cau 26: Cho ham s8 y =x* —3x* + 3mx + m —1. Biét rang hinh phang gi6i han bsi d6 thi ham s& va truc
Ox co dién tich phan nim phia trén truc Ox va phan ndm duwéi truc Ox bf?mg nhau. Gia tri
cua m la
NS B.2. c. 2. D.

4 5 3
Cau 27: Cho ham s f(x) c6 dao ham f'(x) lién tuc trén R va do thi caa f’

Q1| v

—

X) trén doan [—2; 6]
nhu hinh bén dwéi. Khang dinh nao dudi day dtng?
)

3

A. f(-2)<f(-1)<f(2)<f(6) B. f(2)<f(-2)<f(-1)< f(6).
f <f(6

(6).
C. f(-2)<f(2)<f(-1)<f(6). D. f(6)<f(2)<f(-2)<f(-1).
Cau 28: Chohamsd y=f(x). Ham s8 y = f'(x) c6 do thi nhu hinh vé dudi day:

©y=f

Y %<

T
{ ‘A r‘ \
| \ / \
J / \
/ \

f s.
1 - 5

Biét phuong trinh f'(x)=0 ¢ bon nghiém phan biét a, 0, b, ¢ v6i a<0<b<c.Ménh dé nao

duwdi day dung?
A. f(a)> f(c)> f(b). B. f(a)> f(b)> f(c)-
C. f(c)> f(a)> £(b). D. £(b)> f(a)> f(c).

Cau 29: Cho ham s8 y=f(x)=ax’ +bx’ +cx+d,(a,b,c € R,a#0)co do thi (C). Biét rdng do thi (C) tiép
xuc voi duong théng y=4 tai diém c6 hoanh d6 am va d6 thi ham s6 y = f '(x) cho bédi hinh

veé dudi day:

Tinh dién tich S ctia hinh phéng gi6i han boi d6 thi (C ) va truc hoanh.
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A.5=9. B.Szz. C.S:E. D.S=§.
4 4 4
Cau 30: Cho y= f(x) la ham s6 da thirc bac ba c¢6 d6 thi nhw hinh vé. Tinh dién tich hinh ph;fmg duoc
to dam.
A2 B. 3. D. 2.
4 12 3

Cau 31: Cho ham s8 bac ba f(x)=ax®+bx*+cx+d va duong thang d:g(x)=mx+n cé do thi nhu
hinh vé bén duwéi:

Néu dién tich phan to bang bang % thi dién tich phan gach bang

A2 B. 2. C.1. D. 3.
2 2

Cau 32: Choham sd y=x"-3x>+m c6 d6 thi (Cm), voi m 1a tham sO thuc. Gia s (Cm) cit truc Ox

tai bon diém phan biét nhw hinh vé

%)
!

% L3
VAR VANEE

Goi S;, S,, S; la dién tich cac mién gach chéo duoc cho trén hinh vé. Gid tri cia m dé

1

S,+5,=S5, la
A -2 B. > c.-2 D.2
2 4 4 2
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Cau 33: Cho hai ham so f(x)zax3 +bx* +cx—2 va g(x)zdx2 +ex+2 (a, b, ¢, d, eeR). Biét rang d6
thi ctia ham s8 y = f(x) va y=g(x) cit nhau tai ba diém c6 hoanh do Ian luot 1a —2; -1; 1
(tham khao hinh vé).

Hinh phang giéi han boi hai d6 thi da cho cé dién tich bang
A Y B. 3. c 2. D. 7.
6 2 2 12
Cau 34: Choham s6 y=x>—mx (0<m<4) c6 do thi (C).Goi S, +5, la dién tich ctia hinh phing giéi
han baoi (C ) , truc hoanh, tryuc tung va duong théng x=4 (phan t6 dam trong hinh vé bén

dwdi). Gid tri cia m sao cho S, =S, la

=1—0 C. m=2. D.m=§

A. m=3. B. m . .
3 3

w

Cau 35: Cho duwong thang y ==X va parabol Y =%X2 +a (a la tham s6 thuc duong). Goi S,,S, lan

I

lwot 1a dién tich ctia hai hinh phang duoc gach chéo trong hinh vé bén.

3
&

\ 3
y==r+a
b 2

Khi S, =S, thi a thudc khoang nao dudi day?
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A. 13 B. 71 C. il DOi
4 32 32'4 16 32 16

Dang2: UNG DUNG TiCH PHAN Dﬁ’ TINH THE TICH KHOI TRON XOAY
Cau 36: Chohamso y=f (X) lién tuc trén doan [a;b]. Goi D la hinh phang giéi han boi @6 thi ham

Cau

Cau

Cau

Cau

Cau

Cau

37:

38:

39:

40:

41:

42:

so y=f (X), truc hoanh va hai duong théng X=a, x=b. Thé tich khéi tron xoay tao thanh
khi quay D quanh truc hoanh duoc tinh theo cong thttc

AV = nj x)dx. B. V= 27rjf dxcvnjf dXDVﬁIf

Thé tich khoi tron xoay do hinh (H) gidi han boi d6 thi ham s6 Y = f(X), truc Ox va hai
duong thang X=0,X=4 quay quanh truc Ox la:

A.Vzﬂjjfz(x)dx. B. V:7z1.|f(x)|dx. C. V:nif(x)dx. D. VZ?Z"]:.fZ(X)dX.

Trong khong gian Oxyz, cho vat thé (H) giéi han boi hai mat phang c6 phuong trinh Xx=a
va x=b (a<h).Goi S(x) la dién tich thiét dién cia (H) bi cat bsi mat phang vuong goc véi
truc Ox tai diém cd hoanh do 1a X, vdi a< x<b. Gid st ham s6 Yy = S(X) lién tuc trén doan
[a;b]. Khi d6, thé tich V cuia vat thé (H) duoc tinh boi cong thire

b b b b
A.V = [8?(x)dx. B. V =[S(x)dx. C. V=z[$?()dx. D.V =z[S(x)dx.

Cho vat thé (T) dwoc gidi han boi hai mat phéng X=-2 va X=2. Biét ré“mg thiét dién caa
vat thé bi cat boi mat phang vudng goc véi truc OX tai diém cé hoanh dd X, (x e[-2; 2]) la

mdt hinh vudng c6 canh bang V4 —-X* . Thé tich ctia vat thé (T ) bing

A 1. B. g C. 32—” D. §
3 3 3

Tinh thé tich V ctia vat thé nam gifta hai mat phang biét rang thiét dién cta vat thé bi cat boi
mét phang vudng goc véi truc OX tai diém c6 hoanh do X(0 < X < ) 1a mot tam giac déu canh
2/sinx .

A. 2743, B. 3. C. 243. D. 3x.

Tinh thé tich V ctia phan vat thé gii han boi hai mat phang X =1 va x =4, biét rang khi cat
vat thé boi mit phang vudng goc véi truc OX tai diém cé hoanh dd X bat ki (1< x<4) thi
duoc thiét dién la mot nira luc gidc déu 6 d¢ dai canh la 2x.

A. 2143, B. 21. C. 63/3. D. 63.

Cho ham s8 y = f (x), y = g(X) xac dinh va lién tuc trén doan [a;b] (c6 d6 thi nhu hinh vé).
Goi H la hinh phang duoc t6 dam trong hinh, khi quay H quanh truc Ox ta thu duoc khdi
tron xoay c6 thé tich V . Tim ménh dé dung trong cac ménh dé sau day?
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Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

0 a b X

A.V:i[f(x)—g(x)]dx. B. V=n_b[[f(x)—g(x)]dx.

b

. V=nf[f(x)-g(x)] dx. D. V =xf[ £?(x)-g”(x)]dx.
Cho hinh phing D gidi han boi cdc dudng x=0,x=7,y=0 va y=—sin2x. Thé tich cua
khéi tron xoay thu duwoc khi quay hinh D quanh truc Ox bang
A. 7zJ‘”sin2 2xdx . B. nj”|sin 2x|dx.  C. J‘”sin2 2xdx . D. j”|sin 2x|dx.

0 0 0 0
Thé tich ctia khéi tron xoay khi quay hinh phéng giéi han boi cac duong y =3+/x, truc Ox va
hai duong théng X=1;X=4 quanh truc hoanh duogc tinh boi cong thitc nao dwdi day?

4 4 4 4
A.V =37° [ xdx. B. V=3z[xdx.  C.V=9z[xdx. D. V =3[|v/x|dx.
1 1 1 1
Cho hinh phang D gidi han boi d6 thi y=(2x-1)+/Inx, truc hoanh va duong théng x=e.

Thé tich V khdi tron xoay tao thanh khi quay hinh phang D quanh truc Ox duoc tinh theo
cong thitc nao dudi day?

A.V :j(2x—1)2 Inxdx . B. V :J'(Zx—l)2 Inxdx .
1 :
C.V :7r.[(2x—1)2 Inxdx. D. V :7r.[(2x—1)2 Inxdx.
1 1

2

. 1 ;
Cho hinh phang (H) giéi han boi cac dwong y=———, y =0, x=0, X=2. Quay hinh phéng

Jx+1’

(H) quanh truc hoanh tao nén mot khdi tron xoay cé thé tich bang

A. %(«@—1). B. 7In+/3. c. & D. zln3.

9
Cho hinh phang D giéi han béi duong cong Yy =+/2+c0s X, truc hoanh va cac duong thang

Xx=0,x= g Thé tich V cua khoi tron xoay tao thanh khi quay D quanh truc hoanh la
AV =n-1. B. V=m+l. C. V=mn(n+1). D. V=n(n-1).

Thé tich khéi tron xoay tao thanh khi quay hinh phéang D giéi han béi cac duong y =+/x-1,
truc hoanh, X=2 va X=5 quanh truc OX béng
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A B. =, c B% D. 2.
3 3 2 2
Cau 49: Cho hinh phang (H) gi6i han béi do thi ham s8 y=3x—x’ va truc hoanh. Tinh thé tich V
cua vat thé tron xoay sinh ra khi cho (H ) quay quanh truc Ox.

A.VZ%ﬂ. B.V=8—1. C.Vzg. D.V=g7l'.
10 10 2 2
Cau 50: Gia st D la hinh phéng gidi han boi duong parabol y = x* —3X+2 va truc hoanh. Quay D

quanh truc hoanh ta thu dwoc khdi tron xoay c6 thé tich bang

AV=Z. B. V=1 cv==2, D. V=1
30 6 6 30
Cau 51: Thé tich khoi tron xoay khi quay hinh phéng gi6i han boi y =—Xx* —2x+3va truc Ox quanh
truc Ox la
3
A V=18 B. V= 2127 c. v D. v=1°T
15 15 15 15

Cau 52: Thé tich ctia khéi tron xoay do hinh phéng giéi han boi hai duong y=x>—3x+5, y=Xx+2
quay quanh truc Ox la
A BT B. . c® p. 2%
15 15 5 5
Cau 53: Mot khéi cau cé ban kinh 1a 5(dm), nguoi ta cit bo hai phan ctia khéi cau bang hai mat
phéng song song cung vudng géc duong kinh va cach tdm mot khoang 3(dm) d€ lam mot

chiéc lu dung nudc (nhu hinh vé). Tinh thé tich ma chiéc lu chta dugc.

- -

A. @ﬁ(dms). B. 4—37Z'(dm3). C. 417z(dm3). D. l327r(dm3).
3 I4 3\ ~ Ve A A
Dang 3: UNG DUNG VAO BAI TOAN CHUYEN DONG

Cau 54: Mot vat chuyén dong cham dan déu voi van tdc v(t)=180-20¢ (m/s). Tinh quang dudng ma
vat di chuyén duoc tir thoi diém t =0 (s) dén thoi diém ma vat ding lai.

A. 810 m. B. 9 m. C. 160 m. D. 180 m.

Cau 55: Mot xe 6 to dang di véi van t6c 10m/s thi nguroi 1ai xe bat dau dap phanh, tir thoi diém do
xe chuyén dong cham dan déu véi van tc v(t) =10-5t(m/s), & d6 t tinh bang gidy. Quang
duong 6 t6 dich chuyén tit ltic dap phanh dén ltic ditng han bang
A.5m. B. 10m. C. 6m. D. 12m.
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Cau 56:

Cau 57:

Cau 58:

Cau 59:

Cau 60:

Cau 61:

Mot vat chuyén dong cham dan déu véi van tdc v(t) =180—20t(m/s). Tinh quéng duong ma
vat di chuyén duoc tir thoi diém t =0(s) dén thoi diém ma vat ding lai.

A. 810m. B. 9m. C. 180m. D. 160m.

Mot 6 t6 dang chay v6i van t6c 20m/ s thi nguoi 14i xe dap phanh. Tt thoi diém dap phanh,
0 t0 chuyén dong cham dan déu véi van toc V(t) =-bt+ 20(m / S), trong d6 t la thoi gian tinh
bang giay. Hoi tlt lic dap phanh dén khi dirng han thi 6 t6 di dwoc bao nhiéu mét?

A.10m. B. 40m. C. 20m. D. 30m.

Hang ngay anh An di lam bang xe mdy trén cling mot cung duong tit nha dén co quan mat
15 phut. Hom nay khi dang di chuyén trén duong véi van toc v, thi bat chot anh gdp mot
chudéng ngai vat nén anh da ham phanh va chuyén dong cham dan déu vdi gia toc
a=—6m/s’. Biét rang tdng quang duong tit lic anh nhin thay chudéng ngai vat va quang
duong anh da di duoc trong 3s dau tién ké tir lac ham phanh 1a 35,5m. Tinh v, .

A. v, =45km/h. B. v, =40km/h. C. v, =60km/h. D. v, =50km/h.

Mot 6 t6 bat dau chuyén dong nhanh dan déu véi van tdc v, =8t(m/s). Di duoc 5(s), nguoi
lai xe phat hién chudng ngai vat va phanh gap, 6 to tiép tuc chuyén dong cham dan déu voi
gia toc a= —75( m/ 32). Quang duong S(m) di duoc ctia 6 t6 tlr ltc bat dau chuyén banh cho
dén khi dimng han gan nhat véi gid tri nao dudi day?

A. 94,00(m). B. 166,7(m) . C. 110,7(m) . D. 95,70(m) .

Mot vat chuyén dong trong 10 gidy v6i van tdc v(m/s) phu thudc vao thoi gian t(s) co d6

thi nhw hinh vé bén duwéi:

o : 3 : >
Quang duong vat chuyén dong dugc trong 10 gidy bang
A Zm. B. 2m. c%m. D. Zm.
2 2 2 2

Mot vat chuyén dong trong 4 gio véi van tdc v(km / h) phu thudc thoi gian t(h) c6 d6 thi cta
van t6c nhw hinh bén. Trong khoang thoi gian 2 gio k& tir khi bat dau chuyén dong, &6 thi d6
la m§ phan ctia dudng parabol c6 dinh |(2;7) va truc di xting ctia parabol song song véi
truc tung, khoang thoi gian con lai do thi la doan théng IA. Tinh quang duong sma vat di
chuyén dugc trong 4 gio d6 ( két qua lam tron dén hang phan tram).
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()

B. 17,33(km).

A. 15,81(km).
I11. LOI GIAI CHI TIET

1 xr

C. 23,33(km). D. 21,33(km).

Cau 1: Chohamso y=f (X) xac dinh va lién tuc trén doan [a;b] . Dién tich hinh phéng gidi han boi do

thi ham s6 y = f (X) , truc hoanh va hai duong thang x=a,x=Db duoc tinh theo cong thitc nao

dudi day?

A. _I‘f (x)}dx. B. j{f (x)dx

a

Cau 2:

Cho ham s8 y=f(x) lién tuc trén R.

b

D. If(x)dx.

a

C. .:” f (x)|dx.

Goi D la dién tich hinh phang giéi han boi d6 thi

(C ) y=f (x) , truc hoanh, hai duwong théng x=-2, x=4 (tham khao hinh vé bén duwéi).

Y

flx)

Gia st S, 1a dién tich hinh phang D . Ménh dé nao duéi day sai?

A.S, =:Uf(x)‘dx.

C. S, = +

_j;f(x)dx

j f(x)dx‘.

Cau 3:

B. S, =

j;f(x)dx.

D. S, :j;f(x)dx—jf(x)dx.

Cho hinh phang (H) giéi han béi do thi ctia hai ham s6 f,(x) va f,(x) lién tuc trén doan

[a;b] va hai duong thang x=a, x=b (tham khao hinh vé duéi).
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Cau 4:

Cau 5:

0

Cong thtrc tinh dién tich ctia hinh (H) la

A. S:j.|f1(x)—f2(x)|dx. B. S:b(fl(x)—fz(x))dx.
C. S:’b”fl(x)jtfz(x)‘dx. D. S:j'fz(x)dx—ifl(x)dx

Choham s6 y = f (x) lién tuc trén doan [u;b] . Goi D la dién tich hinh phang gi6i han boi d6
thi (C ) :y = f(x), truc hoanh, hai duong thang x=a, x=b (nhw hinh vé duéi day).

Gia st S, 1a dién tich hinh phang D . Ménh dé nao dwdi day ding?

A. sD=fodx+ffxdx. B. SD:—Tf(x)M+if(x)M
C. s, —jf jf D. S, =—[ f(x)dx—[ f(x)dx
Lb’igidi

+ Nhin d06 thi ta thdy:

e Db thi (C) cit truc hoanh tai O(O;O)
e Trén doan [a;O], d6 thi (C) & dudi truc hoanh nén ‘f(x)‘ =—f(x)
e Trén doan [O;b], do thi (C) O trén truc hoanh nén ‘f(x)‘ = f(x)

b 0 b 0 b
+Do do: S, =”f(x)‘dx =ﬂf(x)‘dx+ﬂf(x)‘dx =—If(x)dx+jf(x)dx

a a 0 a 0
Dién tich ctia hinh phing (H) duoc giéi han béi do thi ham s& y = f(x), truc hoanh va hai
duong thing x=a, x=b (a<b)(phan t6 dam trong hinh vé dudi day) tinh theo cong thirc:
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Cau 6:

Cau 7:

Cau 8:

(C):r=[(x)

A. Szj:f(x)dx. B. S:—:[f(x)dx+jf(x)dx.
C. s= jjf(x)dx‘. D. szif(x)d“jf(x)dx.
Loi giai:

Ap dung cong thiic tinh dién tich hinh phéng ta cé:
b c b c b
§= [/ (e =[[0- f (x)Joe+ [ £ () -0Jatw = [ ) [ )

Goi S la dién tich hinh phang giéi han boi cac duong y=¢*, y=0, x=0, X=2. Ménh dé
nao duwdi day dang?

2 2 2 2
A.S= ﬁjezxdx. B. S = Iexdx. C.S= njexdx. D.S= Iezxdx.
0 0 0 0
Loi giai:

2
Dién tich hinh phang giéi han boi cac duongy =¢e*, y=0, x=0, x=21a S :J.e"dx.
0

Dién tich ctia hinh phéng gidi han béi cac duong Yy =cos’ X;y =0 va x=0;x = % bang

AZL L B. X1, o Bl p. Z.
479 4 8 4 8
Loi gidi:

Dién tich hinh phang can tim la:

T T

z
4 1

4 4 14 1( 1.
S = Hcosz x‘dx = J.cos2 xdx :—I(1+0052x)dx =—(x+—sm 2xj =4,
0 0 20 2 2 4

0

Goi S 1a dién tich ctia hinh phing gidi han béi cdc d6 thi ham s y = x> +3 va y = 4x. Khang
dinh nao duwoi day dang?
3 3
A. S:I|x2—4x+3|dx. B. S:I(x2—4x+3)dx.
1 1
3 3
C. S=I(‘x2+3‘—|4x|)dx. D. S:'ﬂx2+4x+3‘dx.
1 1
Loi giai:
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Ta c6 phuong trinh hoanh dd giao diém ctia cc d6 thi ham s& y = x*+3 va y = 4x la:
x=1

x2+3:4x<:>x2—4x+3:0<:{
Xx=3

3
Dién tich ctia hinh phdng can tim 1a: S = [|x* —4x+3[dx.
1

Ciau 9: Chohams6 y=f (x) lién tuc trén doan [—2;2], c6 d6 thi tao véi truc hoanh mot hinh phang

gom 3 phan cd dién tich S,; S,; S, nhu hinh vé bén dudi:

y
flx)
5211 2 )
2 o
SY S;

2 N
Tich phan I f(x)dx bang

-2
A.S,+5,-S,. B. 5 -5, +S,. C. S5 +S,+5S,. D. -S, +S,-S5,.

Loi giai:
Ta cé d6 thi ham s& yzf(x) cit truc hoanh tai diém cé hoanh d6 x=-2; x=0; x=1; x=2.

Ta c6: j;f(x)dx :j;f(x)w+if(x)m+jf(x)w =—5,+5,-S,.

Cau 10: Chohamsg f (X) c6 do thi trén doan [—3; 3] la duwong gap khuc ABCD nhu hinh vé.
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yl\
B 1 C
A2 1 \?\3 X
-2 [ D

Phuong trinh dudng thing CD di qua C(L1) va nhan CD = (2;-3) 1am vécto chi phuong.
x-1 y-1

Phuwong trinh chinh tic (CD): —~ =3 & —3x—-2y=-5.
pit E=(CD)NOx.
-3x—-2y=-5 x—§ 5
Tadu’(_yc{ y= v :>E(—;Oj-
y=0 y=0 3

Do d6: J‘i‘ f(x)|dx = .[::‘ f(x)| dx+fz‘ f (x)‘dx+.[12‘f (x)‘dx+j§‘f (x)|dx

1 1(2 14
=S, +S e +S, e +S0, == (Ix)+(3xL)+=| =x1|-=| =x2| -1, 3,1 4_5
ABA T TABCA T TACE T TEDA 2( )( ) 2(3 j 2(3 j 2+3+3 3 2
Cho ham s6 y=f (x) xac dinh, lién tuc va c¢é nguyén ham trén [—2;4] va cO d6 thi nhuw hinh

veé duoi day.

Tinh I= I:f(x)dx.

A.1=8. B.
Loi giai:

I=4. LI=2.
Ta c6 gia tri cua tich phan I = Ii f (x)dx la hiéu cua dién tich hinh thang véi dién tich tam
gidc.
Ttt hinh vé ta 6 hinh thang can, d6 dai ddy 16n bang 4, d6 dai ddy bé bang 2, chiéu cao
bang2. Dién tich hinh thang 1a 6
Tam giac can c¢6 canh ddy bang 2, chiéu cao bang 2. Dién tich ctia tam giac 1a 2
~ 4
Vay I=[ f(x)dx=6-2=4.
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Cau 12:

Cau 13:

Cau 14:

Phan hinh phing (H) dwoc gach chéo trong hinh vé dudi day duoc gisi han béi 6 thi ham
s8 y=f(x), y=x*+4xva hai duong thing x=-2;x=0.

—
~—— / f \

\ 5

\[>

0

Biét j f(x)dx= g . Dién tich hinh (H) bang

AL B. X2, c i p. 2.
3 3 3 3
Loi giai:
Dién tich hinh (H) la:
0 0 0
S= J[f (x)—(x2+4x)]dx :I f(x)dx—j(x2+4x)dx
) -2 -2
3 0 ~2)’
_A (X o =ﬂ+( ) +2(—2)Z=§.
3 (3 -2 3 3 3
A A 1 s . 20
Vay dién tich hinh (H) laS= 3
Dién tich hinh phéng gioi han boi hai d6 thi f(X)=X3—3X+2; g(x)=x+2 la
A. S =8. B. S=4. C. S=12. D. S=16.
Loi giai:
x=0
Phuong trinh hoanh d6 giao diém ctia hai d6 thi x* -3x+2=x+2 < X3—4X=0<:>[ P
X==

Dién tich can tim

0 2 0 2 X4
S= I‘x3—4x‘dx+ﬂx3—4x‘dx = I(x3—4x)dx—j(x3—4x)dx :(Z—szj
2 0 0

2 |4

Dién tich hinh phang gi6i han boi cac duong y=7-2x%, y =X’ +4 bang
A.5. B. 3. C. 4. D.g.
Loi giai:

Phuong trinh hoanh d6 giao diém ctia cac duong y=7-2x*, y=x*+4 la
7-2x*=x*+4 o 3x* =3 x=11.
Khi d6 dién tich hinh phang can tim la
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.1[(3—3x2)dx

-1

S=ﬂ(?—sz)—(x2+4)‘dx=_1H3—3x2‘dx: —4.
e} -1

Cau 15: Dién tich S ctia hinh phang gi6i han béi cac duong y =2x°, y=-n, X=4 va truc tung duwoc
tinh boi cong thic nao dwdi day ?

A. S :i(zxtn)dx. B. S :nﬂzxf’\dx.
0 -1

C. S=j(2x3+n)dx. D. S=i‘2x3‘dx.

L(‘rigid(lj': K

4 4
Dién tich S ctia hinh phéng duoc tinh boi cong thite: S = [[2x° + x| dx = [(2x° +7)dx.
0 0

Cau 16: Dién tich ctia hinh phéng gioi han boi (P) y=x*—4, ti€p tuyén cua (P) tai M (2; O) va truc
Oy la
A.Szﬂ. B.S=2. C.S=§. D.S:Z.
3 3 3
Loi giai:
Ta cé: y' = 2X; y’(2) =4,
Phuong trinh ti€p tuyén caa (P) tai M (2;0): y= 4(X—2) =4x-8.

Dién tich hinh phéng can tim la § = [x® ~ 4 (4x~8)[dx = ‘ [C(x -ax+ 4)dx‘

(x-2)[] 8

3 37

0

Cau 17: Dién tich hinh phéng gi6i han bdi duong cong y =4 - |x| va truc hoanh la

A. 4. B. 0. C. 16. D. 8.
Loi giai:
. =4
Phuong trinh hoanh do giao diém: 4 - |x| =0 {x 4
X =—

Dién tich hinh phang la.

S=["Ja-|xfax =" [+ x|dr+ ['|a-adr=|[" (4+x)da|+ ~16.

4
fo (4 - x)dx
Cau 18: Tinh dién tich S cua hinh phang (H) gi6i han boi db thi ham s§ y = JX, truc hoanh va
duong thang y =Xx-2.

A.S=2. B.S:E. C.S:E. D.S:g.
3 3 3

Loi gidi:
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Cau 19:

Cau 20:

/|

Hoanh d6 giao diém /X = x -2 < x=4(x>0) .
JXx=0ex=0; x-2=0x=2.

Dién tich S :j‘ﬁ‘dx +ﬁ«/§—x+2‘dx= j\/;dx+ j.(\/;—XA—Z)dX:E
0 2 0 2

3"
Cho hai ham s6 y=f (X) vay=g (X) lién tuc trén doan [a;b] véoi a<b. Kihiéu S, 1a dién
tich hinh phéng gidi han boi cac duong y =3f (X), y =39 (X), X=a, x=b; S, 1a dién tich
hinh phéng gidi han boi cac duong y = f (X)—2, y=g (X)—Z, x=a, x=Db. Khéng dinh nao

sau day dung?
A. S =25, B. S, =3S,. C.S,=25,-2. D. S, =2S, +2.
Loi giai:
b b b
Taco S, =ﬂ3f (x)—3g(x)|dx =3Hf (x)—g(x)|dx :Sﬂ[( f (x)—2)—(g(x)—2)]‘dx =3S,.
Cho ham s6 y=¢", goi S, la dién tich hinh phéng gidi han bdi cac duong y=e";x=-Lx=k
va S, la dién tich hinh phang gi6i han boi cac duong y = e*;x =k;x =1. (tham khao hinh v&).
)\y

X

y=¢

2

—7

> 10 1 2 X
Xac dinh k d€ S, =S,
A. k=|n(e+1j—ln2. B. k=2|n(e—1j—1. C.k=2In2-1. D. k=In2.
e e

Loi giai:
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Cau 21:

Cau 22:

k 1
Taco S, =S, @Iexdx:fexdxcek—lze—ek @kzln(e+1j—ln2.
° . e e

Mot vién gach hoa hinh vuéng canh 40cm . Nguoi thiét k& da st dung bon duong parabol co
chung dinh tai tam vién gach d€ tao ra bon canh hoa (dwgc td mau sam nhu hinh vé).

Dién tich mo6i canh hoa ctia vién gach bang

A. 800cm?. B. ?cmz. C. %cmz. D. 250cm?.

Loi giai:

Chon hé toa d0 nhw hinh vé (1 don vi trén truc béng 10cm =1dm), cac canh hoa tao boi cac
X2 X2 y2 yZ
X =

dwong parabol cé phuong trinh y = PX y= —X= X= >
Dién tich mot canh hoa (nam trong géc phan tw thit nhat) bang dién tich hinh phang gi6i han
2

boi hai d6 thi ham say:%,yzﬂ va hai duong thing x =0;x =2.
Do d6 dién tich mot canh hoa béng
2
2 2 3
242 [ x 4 400 4 400

J2x =2 Jdx = 222 J2x) =2 || =2 (dm?) = == (em?) = = (dm?) = == (cm?).
[ o o 357 | =l o) = o)~ e
Cho hinh vuéng ABCD tamO, d6 dai canh la 4 c¢cm. Duong cong BOC la mot phan cua
parabol dinh O chia hinh vudng thanh hai hinh phang c6 dién tich Ian leot1a S, va S, (tham
khao hinh vé).
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Cau 23:

4cm
C
B S,
4cm
O
S,
A D
Tisd —L béang
2
A2, B L. cl D. 3.
5 2 3 5
Loi giai:
AY
2
B C

Gan hé truc toa d6 nhu hinh vé.

2

Ta c6 phuong trinh parabol (P):y = % X“.

2
Suyra S, = J(Z—lxzjdx _16 (dvdt).
A 2 3

Dién tich hinh vuéng ABCD la S, =4° =16 (dvdt).

Dodédiéntich S, 14 S, =S,.00 - S, =16—%=3—32 (dvdt).
Vaytiss 2=10.32_1
3'3 2

2
Ong X mudn lam ctra rao sit ¢ hinh dang va kich thudc nhw hinh vé bén, biét duong cong

phia trén 12 mot Parabol, chat liéu lam 1a inox. Gia 1m? vat tw va cong lam 1a 1.300.000 déng.
Hoi 6ng X phai tra bao nhiéu tién dé€ lam cdi ctra sat nhu vay (lam tron dén hang nghin).
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45m

3.Em

3Em
A. 13.050.000 dong. B. 36.630.000 dong. C.19.520.000 dong. D. 21.077.330 dong.
Loi giai:
Ta chon hé truc toa d6 nhw hinh vé.

yA
P
| &8 0
I I
| I
I I
| I
4 4
-1,9 0 1 19 *
Trong do | (—g;gj, J (g,gj
10 5 10 5
Duong cong phia trén 1a mot Parabol ¢é phuong trinh dang y =ax’ +b, véi a;b e R.
Do Parabol di qua cac diém |,J va chiéu cao cdng la gm néncoy = —% X +§ .
Dién tich S cta ctra rao sat 1a dién tich phan hinh phang giéi han boi d6 thi ham s&
y= _n0 x? +g, truc hoanh va hai duong thang x = —B; X= g
361 2 10 10
19
10
Tacs S= | (—7—0x2 +9jdx=@.
9\ 361 2 75
10
1216

Vay 6ng X phai tra s6 tién dé lam cai ctra sat la: c x1.300.000 ~ 21.077.330 (ddng).

Cau 24: Mot san bong hinh chir nhét véi dién tich 200m*. Nguoi ta mudn trong co trén san bong theo
hinh mot parabol bac hai sao cho dinh cua parabol trung véi trung diém mot canh cta san
béng nhu hinh vé bén. Biét chi phi trong c6 1a 300 ngan dong cho mdi mét vudng. Xac dinh
chi phi trong co can c6 cho san bong trén?
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Cau 25:

A. 30 triéu dong. B. 60 triéu dong. C.50 triéu dong. D. 40 triéu dong.

Loi giai:

Goi chiéu dai ctua hinh ch nhat la m, chiéu rongla n ( m>n>0).

Ta c6 dién tich hinh chit nhat 1a S =mn =200 (m?).

Chon hé truc toa d¢ Dé cac vudng goc Oxy sao cho dinh cta parabol 1a I(0;7). Parabol di qua

2diém Al 0| va B[ Z.0].
2 2

—4n

—x* + 1.
m

Do dé parabol c6 dang y =

m

2
Vay phan dién tich trong co la S= 2!( 2+ njdx = Zan
0

4
mZ

Vay sd tién trong co can la: 2—;;“1.300000 = igoo.SOOOOO = 40000000.

Mot cai cong hinh Parabol nhw hinh vé sau. Chiéu cao GH =4m, chiéu rong AB=4m,
AC =BD =0,9m. Cht nha lam hai canh c¢dng khi dong lai la hinh chi* nhat CDEF t6 dam c6
gia 1a 1200000 dong/m?, con cac phan dé€ trang lam xién hoa c6 gia la 900000 dong/m?. Hoi
tong sO tién d€'1am hai phan ndi trén gan nhat voi so tién nao dudi day?

G

( 174 L

A B
A. 11445000 dBng. B. 4077000 d‘f)ng. C. 7368000 C’[‘(A)ng. D. 11370000 dﬁng.
Loi giai:
G&n hé truc toa do Oxy sao cho AB trung Ox, A trung O khi d6 parabol c6 dinh G (2; 4)

va di qua goc toa do.
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Cau 26:

Cau 27:

\ 4

Gia st phurong trinh ctia parabol ¢6 dang y =ax” +bx+c (a=0).

c=0
b a=-1
Vi parabol ¢6 dinh 1a G(2;4) va di qua diém O(0;0) nén ta c6 —2—=2 Sib=4 .
a
a2 +b2rc=4 (°7°
Suy ra phuong trinh parabol 1a y = f(X) = —x* +4x.
“ X’ 7
Dién tich ctia c cong la S = [(—X* +4x)dx=| ——+2x" | === (m?).
) 3 3

Mit khac chiéu cao CF = DE = f(0,9)=2,79(m); CD=4-2.0,9=2,2 (m)

Dién tich hai canh c6ng 1a Sy = CD.CF = 6,138 (m2 )
32 6793
Dién tich phan xién hoala S, =S—-S.... =——-6,14=—— (m?).
s P xh CoEF T o 1500 ( )

6793
Vay tong so tién dé lam cong la 6,138.1200000 + %.900000 =11441400 dong.

Cho ham s8 y = x* —3x* + 3mx + m —1. Biét rang hinh phang gi6i han bsi d6 thi ham s& va truc
Ox c6 dién tich phan nam phia trén truc Ox va phan nam dudi truc Ox bang nhau. Gia tri
cua m la
A3 B. 2. c 2. D. 2.

4 5 3 5
Loi giai:

TXD: D=R. y’:3x2—6x+3m:3(x2—2x+m).

Yéu cau bai toan suy ra d6 thi ham s& cat truc Ox tai 3 diém phan biét nén.
x* =2x+m=0 c6 hai nghiém phan biét < A, >0=1-m>0< m<1.

Khi d6 do thj ham s& d6i xting qua tam I(1;-3+4m).
Yéu cau bai toan tuwong duong véi [ e Ox < -3+4m=0<m =§ (t/m).
Cho ham so f (X) c6 dao ham f'(X) lién tuc trén R va do thi ctaa f'(X) trén doan [—2;6]

nhu hinh bén dwéi. Khang dinh nao dudi day dung?
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A f(=2)<f(-1)<f(2)<f(6). B. f(2)<f(-2)<f(-1)< f(6).
C. f(-2)<f(2)<f(-1)<f(6). D. f(6)<f(2)<f(-2)<f(-1).
Loi giai

Dua vao do thi ctia ham f'(x) trén doan [-2;6] ta suy ra bang bién thién ctia ham s6 f (x)

trén doan [—2;6] nhu sau:

(©):y =1()

Ta cansosanh f(-2) va f(2).

Goi S;, S, la dién tich hinh phéng dwoc t6 dam nhu trén hinh vé.
-1 -1

Tacé: S, = [|f/(x)|dx = [ £(x)dx=f(-1)-f(-2).
-2

-2
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Cau 28:

Cau 29:

I

Duya vao db thi ta thay S,<S, nén f(-1)-f(-2)<f(-1)-f(2) = f(-2)>f(2).
Cho ham s6 y = f(x). Ham s6 y = f'(x) c6 d6 thi nhw hinh vé& dudi day:

‘dx_—j x)dx = f (-1)-f(2).

Biét phuong trinh f'(x)=0 c¢6 bon nghiém phan biét a, 0, b, ¢ v6i a<0<b<c.Ménh dé nao

duwdi day dung?
A. f(a)> f(c)> f(b). B. f(a)> f(b)> f(c).
C f(c)>f(u)>f(b). D (b)>f(a)>f(c)
Loi giai
Ta c6 bang bién thién
x -0 a 0 b c + 0
(%) 0 + 0 .
0) )

f(x) \f(ﬂ) / \\ . / \

Suy ra f(c)>f(b) (1)

Goi S, 1a dién tich hinh phang gidi han boi d6 thi y = f'(x), duong thing x=a, x=0.
S, 1a dién tich hinh phéng gi¢i han boi do thi y = f'(x), dudong thang x=0, x=b.
S, 1a dién tich hinh phéng gi¢i han boi do thi y = f'(x), dudong thang x=b, x=c.

Vi § +S,<S, < _Hf ‘dx+ﬂf ‘dx<ﬂf (x)|dx

= ff' x dx+ff’ x dx<—jf' x dx

f(0)-f(a ) fle)=f(b)<=£(0)+£(0)

f(a)>f(c) @)

Tu(l)va(2):>f() f(c)>f(b).

Cho ham s6 y—f( )—ux +bx? +cx+d,(a,b,c eR,a ;tO)Cé do thi (C) . Biét réng do thi (C) tiép
xtc véi duong thang y =4 tai diém c6 hoanh d6 am va do thi ham s8 y = f '(x) cho boi hinh

vé dudi day:
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Tinh dién tich S ctia hinh phéng gidi han boi d6 thi (C ) va truc hoanh.
27 21

A. S=9. B.s=2/. C.s=2L. D.5=2.
4 4 4

Loi giai:

Tt d6 thi suy ra f'(x)=3x"-3.

f(x)z_[f’(x)dxzj(&cz —?;)dxzx3 -3x+C.

Do (C) tiép xtic véi duong thang y =4 tai diém cé hoanh do x, 4m nén
f(x))=0e3x;-3=0ex,=-1.Suyra f(-1)=4<=C=2=(C):y=x"-3x+2
Xét phuong trinh x° -3x+2=0< ii;z

Dién tich hinh phing can fim la: [ (x* -3z +2)dx =2

Cau 30: Cho y= f(x) la ham s6 da thitc bac ba c¢6 d6 thi nhw hinh vé. Tinh dién tich hinh phéng duwoc

to dam.
yh
>
T
A2, B. 37 c. 2. D. 3.
4 12 12 3
Loi giai:

Gia st f(x)=ax’+bx*+cx+d co do thi (C) nhu hinh vé trén.
Piém 0(0;0) e (C)=d=0= f(x) =ax®+bx*+cx.
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a+b+c=0 a=-1
Céc diém A(1;0),B(2;2),D(3;0) e (C) = {4a+2b+c=1<<b=4 = f(x)=—x>+4x"-3x.
9a+3b+c=0 c=-3

Dlen tich hinh phang can tim la

5= J —f(x)]dx+j [f()—-0}ix= j(x ~ax’ +3x)dx+j( K+ -3k =

Cau 31: Cho ham s bac ba f(x)=ax’ +bX +cx+d va duong thang d:g(x)=mx+n c6 d6 thi nhu
hinh vé bén dwdi:

Né&u dién tich phan td bang bang % thi dién tich phan gach bang

A.E. B. 2. C. 1. D.

2
Loi giai:

Cach 1:

Dua vao d6 thi=>duwong thang d : g(x) = X +1.

Phuong trinh hoanh d6 giao diém cua ctia hai d6 thi ham s6 f (x), g(x) la

N | W

ax’ +bx® +cx+d =x+1< ax® +bx’ +(c-1)x+d -1=0 (1)
Dua vao do6 thi ta thdy d6 thi ham s& f(X), g(X) cit nhau tai ba difm x=0,x=1x=2.
(1):ax(x—l)(x—2)=0<:>a(x3—3x2+2x)=0.

1
Dién tich phan t6 mau: [a(x* -3 +2x)dx o loaoo
0 4 2
Dién tich phan khong to mau giéi han boi @6 thi ham s& f (x), g(X) va hai duong thing
2
1
_ _ ) I 3 _ 2 _ -
X=1x=21a 8 = [-2(x*~3x" +2x)dx= ;

1

Dién tich hinh phang gi6i han béi d6 thi ham s3 g(X)=x+1, Ox, x=1, x=21a S, =

Dién tich phan gach chéola S=S,-S, = g —% =2.

Cach 2:

Dién tich phan khong td mau giéi han boi d6 thi ham s8 f (x), g(X) va hai dwong thing
x=1x=21as§,.
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Dién tich phan to mau la S, = % . Dya vao do thi ta thdy S, =S, = % .
Dua vao d6 thi=>duong thang d : g(x) = x+1
Dién tich hinh phang giéi han béi d6 thi ham s§ g(x)=x+1, Ox, x=1, x=21a S, = g :
Dién tich phan gach chéola S=S,-S, = g —% =2.
Cau 32: Chohams6 y=x*-3x*+m c6 d6 thi (C,,), véi m la tham s& thuc. Gia st (C,,) cat truc OX

tai bon diém phan biét nhw hinh vé

=

i % 3
A A VAN
a4

Goi S;, S,, S; la dién tich cac mién gach chéo duoc cho trén hinh vé. Gid tri cia m dé

S,+S,=85, 1a

A. > B. > C. > D. >
2 4 4 2

Loi giai:

Goi X, la nghiém duong 16n nhét ctia phuong trinh x* —3x* +m =0, tacé m=-x'+3x’ (1).

Vi +S,=S, va §,=S; nén S, =2, hay [ f(x)dx=0.
0

X 5

A
5

4

X X 5
Ma _(|).f(x)dx='|'(x4—3x2+m)dx zi%—xﬂmx xf+mx1=x1[%—xf+mj,

0

0
4 4
Do d6, xl{%—xf+mj=0<:>%—xf+m=0 (2).

4
Tir (1) va (2), ta c6 phuong trinh %—xf—xf+3xf —0 o —4x +10x =0 = X2 =

N | o1

Vay m:—xf+3xf=;
Ciu 33: Cho hai ham so f(x)zax3+bx2+cx—2 va g(x)zdx2+ex+2 (a, b, c, d, eeR). Biét réng do
thi ctia ham s8 y = f(
(tham khao hinh vé).

x) va y=g(x) cit nhau tai ba diém ¢ hoanh d6 Ian lwot 1a —2; —1; 1
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2/ :
-1\ |Of1 X

Hinh phang giéi han boi hai d6 thi da cho c6 dién tich bang

A B. 13, c. 2. D. 7.
6 2 2 12

Loi giai:

Phuong trinh hoanh d¢ giao diém cua do thi f(x) va g(x) la

ax® +bx* +cex-2=dx* +3x+2 <= a’ +(b—d)x2 +(c—e)x—4=0. (*)

Do d6 thi ctia hai ham s cit nhau tai ba diém suy ra phuong trinh (*) co ba nghiém x=-2;
x=-1; x=1. Ta duoc

ax’ +(b—d)x* +(c—e)x—4=k(x+2)(x+1)(x—-1). Khid6 4=-2k=k=2.

37

o

Cau 34: Cho ham s6 y=x"—mx (0<m<4) c6 do thi (C).Goi S, +5, la dién tich cua hinh phing giéi

1
Vay dién tich hinh phang can tim la [[2(x+2)(x+1)(x~1)|dx=
-2

han boi (C ) , truc hoanh, truc tung va duong thang x=4 (phan t& dam trong hinh vé bén

dwdi). Gia tri cia m saocho S, =S, la

A. m=3. B. m=—. C. m=2. D.ng.
Loi giai:
x=0

Phuong trinh hoanh d¢ giao diém cta (C) va truc Ox la: x> —mx=0<
X = m(O <m< 4)
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mn 2 3
S —”x —mx‘dx !(mx X )dx {m%—%jo :m?
4
S, —Hx —mx‘dx i(x —mx)dxz(x—;—mJ;—szz%—S %3
64 8

Ta cé: S, =5, <:>8m—?:0©m:

Cau 35: Cho duong thing y= % X va parabol y :%XZ +a (a la tham sd thuc duong). Goi S, S, lan

lweot 1a dién tich ctia hai hinh phang duoc gach chéo trong hinh vé bén.
3
5

¥ =

S

Khi S, =S, thi a thudc khoang nao dudi day?
A. li . B. ll . C. il J D. O;i .
4 32 32 4 16 32 16
Loi gidi:
Xét phuong trinh hoanh d¢ giao di€ém %xz ta= Xxe o X% — 7°as 0 (*).
Do duong thang y = % X cat parabol y = % x* +a tai hai diém phan biét c6 hoanh d§ dwong

nén phuong trinh (*) c6 hai nghiém duwong phan biét 0 < x <X,

A>0 9 98> 0
—-2a
=1S>0<416 ~ <:>O<a<i.
32
P>0 2a>0
Ta co:
1 3 2 2
Slzj'(—x2+a——xjdx;SZ:I(éx—lxz+a)dx=—j(lx2+a—§xldx-
(2 4 42 W\ 2 4

$,=S,<8,-5, =0c>I(lxz+a—§dex+.[(lx2+a—§xjdx=0
)2 4 2 4

x® 3, K
<:>j =x? +a——x dx=0&| —+ax——=xX
6 8

<:>1x§+ax2—§x22 =O<:>1x22+a—§x2=0.
8 6 8

=0

0
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Ma X, la nghiém phuong trinh (*) nén %Xf —% X,+a=0.
1 0

Trir v€ voi v€ hai phueong trinh duoc: 3 X7 + 3 X, =0 9
8

Véi x2=g:>a=£ (tm). Vay azﬂe il .
8 128 128 (16 32

Dang 2: UNG DUNG TiCH PHAN PE TINH THE TiCH KHOI TRON XOAY

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Chohams6 y=f (X) lién tuc trén doan [a;b]. Goi D la hinh phang giéi han boi @6 thi ham
s8 y = f(X), truc hoanh va hai duong thing X=a, x=b. Thé tich khéi tron xoay tao thanh
khi quay D quanh truc hoanh duoc tinh theo cong thttc

AV = nj x)dx. B. V= 27rjf x)dx. C. V = njf x)dx. D. V= ﬂjf

Loi giai:
Thé tich kh6i tron xoay tao thanh khi quay D quanh truc hoanh duoc tinh theo cong thitc

b

V= ﬁj f2(x)dx
Thé tich khdi tron xoay do hinh (H) gidi han boi d6 thi ham s6 Y = f(X), truc Ox va hai
duong thing X=0,X=4 quay quanh truc Ox la:

0 4 4 4
A.V :ﬂJ‘ f?(x)}dx.  B.V :7Z'J.|f (x)dx. C.V :7z'J. f(x)dx. D.V :ﬂj f2(x)dx.

4 0 0 0
Trong khong gian Oxyz, cho vat thé (H) giéi han bsi hai mat phang c6 phuong trinh x=a
va x=b (a<bh).Goi S(x) 1a dién tich thiét dién ctia (H) bi cat bsi mat phang vuong goc véi

truc Ox tai diém c6 hoanh do6 1a X, véi a<x<b. Gia stt ham s6 Y =S(X) lién tuc trén doan
[a;b]. Khi d6, thé tich V cua vat thé (H) dwoc tinh boi cong thire

b b b b
A.V = [8*(x)dx. B. V = [S(x)dx. C. V=z[$?()dx. D.V =z[s(x)dx.
Cho vt thé (T) dwoc giéi han boi hai mat phing X =-2 va X =2. Biét ring thiét dién ctia
vat thé bi cat boi mat phang vudng goc véi truc OX tai diém cé hoanh do X, (x e[-2; 2]) la

mot hinh vudng c6 canh bang V4 —-X* . Thé tich ctia vat thé (T ) bing

A 7. B. 2. c. 37 D. 2.
3 3 3
Loi giai:
2 2 2 32
Thé tich cta vat the (T) 1a v =I(\/4—x2) dx=j(4—x2)dx=(4x—§] ==
-2 -2 )
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Cau 40:

Cau 41:

Cau 42:

Cau 43:

Tinh thé tich V ctia vat thé nam gitra hai mat phz?mg biét réng thiét dién ctia vat thé bi cit boi
mat phéng vuong gbc véi truc Ox tai diém ¢ hoanh dd X(0 < X < 7) 1a mot tam gidc déu canh
2+/sinx .
A. 2743. B. 3. C. 243. D. 3z
Loi giai:
TacoV = "S(x)dx =[" S(x)dx :j(fﬁ.(z\/siﬁ)zdx =["V/3.sinxdx =—3 cos x\” =23.

4 0 0
Tinh thé tich V ctia phan vat thé gii han boi hai mat phang X =1 va x =4, biét rang khi cat
vat thé boi mit phang vuong goc véi truc OX tai diém cé hoanh dd X bat ki (1< x<4) thi
duogc thiét dién la mot nira luc gidc déu c¢d d¢ dai canh la 2x.
A. 2143. B. 21. C. 63.3. D. 63.

Loi giai:
Dién tich thiét dién tao ra khi cit vat thé boi mit phéng vuong goc voi truc OX tai diém co

(2x)°'V3
4

hoanh do X bat ki (1<x<4) la S(x)=3.

4
V = j 3x%/3dx = 63+/3.
1

Cho ham s§ y = f (X), y = g(X) xac dinh va lién tuc trén doan [a;b] (c6 d6 thi nhu hinh vé).

=3x%*y3 nén thé€ tich vat thé 1a

Goi H la hinh phang dwoc to dam trong hinh, khi quay H quanh truc Ox ta thu duoc khéi
tron xoay c6 thé tich V . Tim ménh dé dung trong cac ménh dé sau day?

)

\ [(x)

0

A.V:J:'[f(x)—g(x)]dx. B. V:nj.[f(x)—g(x)]dx.

C. V:ni[f(x)—g(x)]zdx. D. V:n_[[fz(x)—gz(x)]dx.

Loi gidi:
b
Thé tich khéi tron xoay hinh phang H quay quanh truc Ox:V =x j [ f? (x)- g’ (X)}dx :
Cho hinh phing D gi6i han boi cac duong x=0,x=7z,y=0 va y=-sin2x. Thé tich cta
khéi tron xoay thu dugc khi quay hinh D quanh truc Ox bang
A. 7rrsin2 2xdx . B. ﬂJ.”|sin 2x|dXx. C. rsin2 2xdx . D. ﬁsin 2x|dx.
0 0 0 0

Loi giai:
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Cau 44:

Cau 45:

Cau 46:

Cau 47:

_ s . 2 _ T 2
\Y _”.[o (sin2x) dx_”.[o sin® 2xdx.
Thé tich ctia khéi tron xoay khi quay hinh phang giéi han béi cac duong y =3+/x, truc Ox va
hai duwong thang X =1;X =4 quanh truc hoanh dwoc tinh béi cong thitc nao dudi day?

4 4 4 4
A.V =37° [ xdx. B. V=3z[Vxdx. € V=9z[xdx.  D.V=3[Jx|ix.

1 1 1 1
Loi giai:
. 4 2 4
Ap dung cong thiec taco V = 72_[(3\/;) dx = 97ZI Xdx .

1 1

Cho hinh phing D gidi han boi d6 thi y=(2x-1)+/Inx, truc hoanh va duong thédng x=e.

Thé tich V khdi tron xoay tao thanh khi quay hinh phang D quanh truc Ox dwoc tinh theo
cong thitc nao dudi day?

AuV=jQx—nﬁmdx. B.V:T@x—nﬁmdx
1 1
2
C. V =7r‘e[(2x—1)2 Inxdx . D. V= 7rj(2x—1)2 Inxdx .
1 1
2
Loi giai:

x>1
Xét phuong trinh hoanh d¢ giao diém (2x—1)\/ln X=0<1x= % < x=1.
x=1

Vay nén thé tich can tinh la V = [ (2x~1)" Inxdx.
1

. 1 ;
Cho hinh phang (H) giéi han boi cac dwong y=———, y =0, x=0, X=2. Quay hinh phéng

Jx+1

(H) quanh truc hoanh tao nén mot khdi tron xoay cd thé tich bang

A. %(ﬁ—l). B. zIn+/3. C. %”. D. 7zIn3.

Loi gidi:

2 2 2
Thé tich khéi tron xoay bang V =7Z'J‘|:L} dx=rx ildx =7zln(x+1)§ =rxIn3.
0 X+

oL Vx+1

Cho hinh phang D giéi han béi dueong cong Yy =+/2+¢c0s X, truc hoanh va cac dueong thang
x=0, x= g .Thé tich V cta khoi tron xoay tao thanh khi quay D quanh truc hoanh la

AV =n-1. B. V=n+l. C. V=n(n+1). D. V=n(rn-1).

Loi gidi:
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Cau 48:

Cau 49:

Cau 50:

Yy =+/2+COS X

Hinh phang D gi6i han boi <y =0 . Thé tich cua khéi tron xoay tao thanh khi quay
x=0, x= kil
2
D quanh truc hoanh dugc tinh theo cong thic:

2 2 T
V =nj<\/2+cosx>2 dX=nI(2+COSX)dX=TC(ZX—!—SinX)‘OE =T[(TC+1).
0 0

Thé tich khoi tron xoay tao thanh khi quay hinh phéng D gidi han bdi cac duong y=+x-1,
truc hoanh, Xx=2 va X=5 quanh truc OX b;‘?mg

A Y7 B 4 o, 2 D. 2.
3 3 2 2
Loi giai:

Ap dung cong thiic tinh thé tich khdi tron xoay khi quay hinh phéng D quanh truc OX ta cé:
V:ni(«/_) dx = nj(x 1)dx_127T

Cho hinh phang (H ) gioi han boi d6 thi ham sd y =3x— x? va truc hoanh. Tinh thé tich V
ctia vat thé tron xoay sinh ra khi cho (H) quay quanh truc Ox .

V—ﬂﬂ' B,V:EL_ C.Vzg. D.Vzgﬂ'.
10 10 2 2
Loi giai:
\ e 2 x=0
Phwong trinh hoanh d6 giao diém: 3Xx-x" =0« (=3’

V—33 22d—39263 “)dx = 3X3—§X4+X—5
—71'2[( x—x) X—7Z'I(X—X+X)X—7Z' 5 c

_7{3 334 35} o
5

0

2 10
Gia sk D 1a hinh phang gi6i han boi dudong parabol y = x> —3x+2 va truc hoanh. Quay D

quanh truc hoanh ta thu dwoc khdi tron xoay c6 thé tich bang

AV=Z B. V=1, cv==2, D. V=1
30 6 6 30
Loi giai:

X
Phuong trinh hoanh d9 giao diém: x* —3x+2=0< { 5
X =

2
Thé tich ctia vat théla: V = 7Z'I x? —3x+2 I X +9x2+4—6x3+4x2—12x)dx
1

2

5
=7 X—+3x3+4x—§x4+£x3—6x2
5 2 3

1
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Cau 51:

Cau 52:

Cau 53:

Thé tich khoi tron xoay khi quay hinh phéng gi6i han boi y=-x*—2x+3va truc Ox quanh

truc Ox la
3
A v=iC B. v =212F c. v D. v=1oT
15 15 15 15
Loi giai:
Hoanh d¢ giao diém cta duong y = —Xx*—2x+3 véi y=0 1a x=Lx=-3. Vay thé tich caa
1
khoi tron xoay can tinh la: V = 7zJ. (—X2 —-2X+ 3)2 dx = %

%
Thé tich ctia khéi tron xoay do hinh phang giéi han boi hai duong y = x> —3x+5, y = X+2
quay quanh truc Ox la

A DT B. . c® D. 7.
15 15 5 5

Loi giai:

Hoanh d¢ giao diém ctia hai duong da cho la nghiém ctia phuong trinh:

x=1

x2—3x+5:x+2<:>x2—4x+3:0c{

Nhin vao db thi ta cé thé tich tron xoay do hinh phang giéi han boi hai duong y = x* —3x +5,
y = X+2 quay quanh truc Ox la:

Vv :ﬂﬂ(xz—3x+5)2—(x+2)2‘dx :ﬁj[(x+2)2—(x2—3x+5)2}dx
1
7 [x +4x+4) (x4+9x2+25—6x3+10x2—30x)}dx :zrj(—x4+6x3—18x2+34x—21)dx
1

48r
3

Mot khéi cau cé ban kinh 1a 5(dm), nguoi ta cdt b hai phan caa khéi cau bang hai mit

3
g
3
71'[ +——6x +17x2 —21x]

1

phéng song song ciing vudng géc duong kinh va cach tdm mot khoang 3(dm) d€ lam mot

chiéc lu dung nuwdc (nhu hinh vé). Tinh thé tich ma chiéc lu chra dwoc.
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A. @n(de). B. 2 rx
3 3

Loi giai:

(dm?®). C. 41z (dm®).

-

———
- -

D. 1327r(dm3).

Trén hé truc toa do Oxy, xét dwong tron (C):(x—5) +y* = 25. Ta thady néu cho ntra trén truc

Ox cta (C) quay quanh truc O ta dwoc mat cau ban kinh bang 5. Néu cho hinh phéng (H)

giéi han boi ntra trén truc Ox cua (C), truc Ox, hai dudong thang x=0, X=2 quay xung

quanh truc OX ta sé dwgc khoi tron xoay chinh 1a phan cit di ctia khéi cau trong dé bai.
Tacd (x-5)°+y* =25 yzi\/m.

= Nura trén truc OX cua (C) c6 phuong trinh y = \/25— (x—5)2 =+10x—x2 .

—=> Thé tich vat thé tron xoay khi cho (H) quay quanh Ox la:

V, :7rj(10x—x2)dx=7r[5x2 -
0

Thé tich khéi cau la: V, = %7:.53

2
_s2x

3

5007

3

5007 52 (dm3)'

Thé tich can tim: V =V, -2V, = 3 Z.T =132x

Dang 3:

UNG DUNG VAO BAI TOAN CHUYEN PONG

Cau 54: Mot vat chuyén dong cham dan déu véi van tdce v(t) =180-20t (m/s). Tinh quang duong ma

vat di chuyén duoc tir thoi diém t=0 (s) dén thoi diém ma vat ding lai.

A. 810 m. B. 9 m.

Loi giai:

C. 160 m. D. 180 m.

Thoi diém vat ding laila v=0<180-20t =0 £ =9(s)

Quang duong ma vat di chuyén dwoc tir thoi diém t =0 (s) dén thoi diém ma vat dung lai la:

9

5(t) = [(180—20¢ it =810(m)

0

Cau 55: Mot xe 6 to dang di véi van t6c 10m/s thi nguroi 14i xe bat dau dap phanh, tir thoi diém do
xe chuyén dong cham dan déu véi van toc v(t) =10-5t(m/s), & d6 t tinh bang gidy. Quang
duong 6 t6 dich chuyén tit ltic dap phanh dén ltic ditng han bang

A.5m. B. 10m.

Loi giai:

C. 6m. D. 12m.
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Cau 56:

Cau 57:

Cau 58:

Cau 59:

Thoi diém xe dirng han la: v(t) =10-5t=0 <t =2 (5)
Vay quang duong 6 t6 dich chuyén tir ltc dap phanh dén lic dirng han la:

2 2
S = [|v()|dt = [[10-5t|dt =10 (m).
0 0

Mot vat chuyén dong cham dan déu véi van tdc v(t) =180—20t(m/s). Tinh quéng duong ma
vat di chuyén duoc tir thoi diém t =0(s) dén thoi diém ma vat ding lai.
A. 810m. B. 9m. C. 180m. D. 160m.
Loi giai:
Goi t,(s) 1a thoi diém vat dimg lai.
Suy ra: V(t,)=0<180-20t, =0 < t, =9(s)
9
Quéng duong vat di chuyén la: S = [(180-20t)dt = (180t -10t’ )\z =810.
0
Mot 6 t6 dang chay véi van t6c 20m/ s thi nguoi lai xe dap phanh. Tt thoi diém dap phanh,
6 to chuyén dong cham dan déu véi van tdc v(t) =-5t+20(m/s), trong d6 t 1a thoi gian tinh
bang giay. Hoi tlt lic dap phanh dén khi dirng han thi 6 t6 di dwoc bao nhiéu mét?
A. 10m. B. 40m. C. 20m. D. 30m.
Loi giai:
Khi xe dirng han thi V(t)=0< -5t+20=0 <t =4(s).
Khi d6 quang duong xe di duoc tir lac dap phanh dén khi dung han 1a:

4 5t2 4
S = [(~5t+20)dt =| ——+10t
) 2

0

=40(m).

Hang ngay anh An di lam bang xe mdy trén ctiing mot cung duong tit nha d&én co quan mat
15 phat. Hom nay khi dang di chuyén trén duwong véi van toc v, thi bat chot anh gap mot
chudéng ngai vat nén anh da ham phanh va chuyén dong cham dan déu voéi gia toc
a=—6m/s’. Biét rang tong quang duong tir lic anh nhin thdy chudéng ngai vat va quang
duong anh da di duoc trong 3s dau tién ké tir liic ham phanh la 35,5m. Tinh v, .
A. v, =45km/h. B. v, =40km/h. C. v, =60km/h. D. v, =50km/h.
Loi giai:
Khi chwra ham phanh thi quang dueong di dwoc ciia anh An dugc tinh theo cong thitc
S(t)=vot
Suy ra quang duong anh An da di duoc trong 2s truede khi ham phanh 1a S, = 2v,
Sau khi ham phanh thi xe chuyén dong véi van toc 1a v(t) = -6t +v,.
Quang duwong anh An di dugc trong 3s dau tién ké tir lic ham phanh 1a

3
S, = J'(—Gt +V, )t = (-3t” + vot)‘z =-27+3y,

0
Khi dé taco S, +S, =35,5< 2v, +(—27+3v,) =355V, =12,5(m/s)=45km/h.
Mot 6 t6 bat dau chuyén dong nhanh dan déu véi van tdc v, =8t(m/s). Di duoc 5(s), nguoi
lai xe phat hién chudéng ngai vat va phanh gap, 6 t6 ti€p tuc chuyén dong cham dan déu voi
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gia toc a = —75( m/ Sz). Quang duong S(m) di duoc ctia 6 td tir ltic bat dau chuyén banh cho
dén khi dimng han gan nhat véi gid tri nao dudi day?
A. 94,00(m). B. 166,7(m) . C. 110,7(m). D. 95,70(m) .
Loi giai:
Quang duong 6 to di duwoc tir lac xe lan banh dén khi dwoc phanh:
5 5 t2 °
S, = [w(t)dt = [8tdt =8| =100(m).
0 0 2 0
Van t8c V,(t)(m/s) caa 6 t6 tir lic duoc phanh dén khi ding hin thoa man

V,(t) = j(—75)dt =-75t+C, v,(5) =Vv,(5) =40 = C = 415. Vay V,(t) =75t +415.
Thoi diém xe ditng han tuong ting véi t thod man v, (t) =0 <t = % (s).

Quang duong 6 to di duoc tlr ltc xe dwgc phanh dén khi diing han:
i 32
v, (t)dt = [ (~75t+415)dt = = (m)

5

S, =

ae—58

Quang duong can tim: S=S,+S, =100+ 3—32 = 3—22 (m).

Cau 60: Mot vat chuyén dong trong 10 gidy véi van toc v(m / S) phu thudc vao thoi gian t(S) c6 do
thi nhw hinh vé bén duwoi:

>
0 10
Quang duong vat chuyén dong dugc trong 10 gidy bang
A Zm, B 2. ¢ Zm. D. Zm.
2 2 2
Loi giai:
Van t6c chuyén dong cua vat trong 3 gidy daula v, (t)=2.
4 A? A 2 A \ - A r’ ~ oA 4 \ 1
Van t8c chuyén dong cua vt tir gidy thir 3 dén gidy thir 71a v, (t) = %t "2

, N an A in A in , \ 1, 22
Van t6c chuyén dong cua vat tir gidy thit 7 dén gidy thir 10 1a v, (t) = _ét 3
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Cau 61:

Taco S'(t)=v (t) suy ra

1, 22
S= Iv dt+jv dt+Iv t)dt —IZdt+I( t——jdt J;[—ét 2 jdt— (m).
Mot vat chuyén dong trong 4 gid vdi van toe v(km / h) phu thudc thoi gian t(h) c6 do thi ctia
van t6c nhw hinh bén. Trong khoang thoi gian 2 gid ké tir khi bat dau chuyén dong, do thi d6
la m§ phan ctia dudng parabol cé dinh |(2;7) va truc d6i xting ctia parabol song song véi
truc tung, khoang thoi gian con lai d6 thi 1a doan thang IA. Tinh quang duong sma vat di
chuyén dugc trong 4 gio d6 ( két qua lam tron dén hang phan tram).
L )

ir 2 i
A. 15,81(km). B. 17,33(km). C. 23,33(km). D. 21,33(km).
Loi gidi:
Parabol y = ax? +bx + c(a#0)diqua diém (0;3) va cé dinh 1(2;7) nén c6

c=0

b a=-1
P oib=4 = y=-x>+4x+3
2a _3
da+2b+c=7 \°7

Puong thing IA di qua A(4;3) nhan vecto IA=(2;-4) lam vecto chi phuong, suy ra ¢4
vecto phap tuyén la n= (4,2)
Phuong trinh duong thang 1Ala 4(X - 4) + 2(y —3) =0 y=-2x+11
Quang duong sma vat di chuyén duoc trong 4 gio la:

2 4

64

s=|(-t* +4t+3)dt+| (-2t +11)dt = —(km).

I Jat+(-2t-+13)dt =2 (km)

HET
Hué, 10h00’ Ngdy 02 thdng 10 nam 2024
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