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TUYEN TAP MOT SO BAI TOAN CUC TRI
VIET PHUONG TRINH MAT PHANG

https://www.facebook.com/ThuongToan.hocmai

Bién soan: Luu Huy Thudéng

HT 1. Trong khong gian véi hé toa do Oxyz, cho diém A(1;1;1). Goi (P) la mat phéng di qu
diém A va cach gdc toa 6 O mot khoang 16n nhat. Khi d6, mat phang (P) di qua diém nao sa
day?

A. M, (1;2;0). B. M, (1,-2;0). C. M, (-1;2;0). D. M, (-1,-2;0).

Hudéng dan

Céach 1: Phuwong phap hinh hoc

H - .
- o \

Goi H 1a hinh chiéu vudng goéc ctia O trén mit phang (P)
Ta co: OH<OA.
D& d(O,(P))max < OH=0A < H=A

< OAL (P) hay OA 1a mot vec-to phap tuyén cta (P)

(P)quaA(l; 1;1)
Ta co: .
(P)nhanOA=(1;1;1)lalvtpt

Phuong trinh tong quat ctua (P) la:
L(x-1)+L(y-1)+1.(z-1)=0<=x+y+z-3=0.
= (P) di qua diém M, (1;2;0). Chon dap an A.

Céch 2: Phwong phap dai s6
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Bat dang thitc Bunhiacopxki: V6i moi s6 a,,a,,a,,b,,b,,b, taludn co:

(a,b, +a,b, +a,b, )2 < (af +a; +a§)<bf +b’ +b§)

[oV)

, N ) . a
D&u "=" xay ra khi va chi khi: +=—2=-2
bl b2

3

Mit phang (P) qua A(l,' 1;1) = Phuong trinh tong quat cua (P) c6 dang:
Ax+By+Cz-A-B-C=0(A*+B*+C*>>0).
Khoang cach tit O dén (P):

B ‘A+B+C‘

d(o?(P)) JA 1B L C

Ap dung bat dang thirc Bunhiacopxki cho 6 s6 ta dugc:

(A?+B2+C?)(17+1 +1?) 2 (A+B+C)

& |(AT+B +C)(1P 417 +12) 2|A+B+C]

‘A+B+C‘ <3

JA2 4B +C2

-

A=1
Dau "=" xay ra khi: %:?:%: Chon {B=1 = Phuong trinh (P): x+y+z-3=0.
C=1

= (P) di qua diém M, (1; 2;0). Chon déap an A.

HT 2. Trong khong gian vdi hé toa do Oxyz, cho diéem A(2;-1;1). Goi (P) la mat phang di qua
diém A va cach gdc toa d6 O mot khoang 16n nhat. Khi d6, mit phing (P) di qua diém nao sau
day?

A M, (-1,-22).  B.M,(L-2-2). C M,(5-22). D. M, (1;2;2).

Huéng dan
Cach 1: Phwong phap hinh hoc — Hoc sinh ty lam ©

Céch 2: Phwong phap dai s6
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Mit phang (P) qua A(2;-1;1) = Phuong trinh tong quat cta (P) c6 dang:
Ax+By+Cz-2A+B-C=0 (A*+B*+C* >0).
Khoang cach tir O dén (P):

. 2A-B+C|
W) e

Ap dung bat dang thitc Bunhiacopxki cho 6 s6 ta duoc:

(A +B2+C)(2°4(-1) 412 (2A-B+C)’

<:>\/(A2 +#B+C)(2°4(-1) + 1) 22A-B+]

- \2A—B+c\ -V

JAZ +B? + 2 -

A=-2

A=-2B
Dé’u"="xéyrakhi:é:£:E:> = Chon {B=1
2 1 1 |Cc=-B o

= Phuong trinh (P): —2x+y—-z+6=0.
:>(P) qua M,

Chon dap an C
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ﬁT 3. Trong khong gian véi hé toa do Oxyz,cho diém A(2;—1;—2) va duong thang d &

phuong trinh: x1_ y_ll = Z_l. Goi (P) la mat phang di quaA, song song véi d va khoang
cach tr d téi (P) 1a 16n nhat. Khi d6, mat phang (P) vudng géc véi mit phang nao sau day?
A. (Ql):x+y—z+3=0. B. (QZ):—x+y—z+3=O.
\C. (Q3):x+y+z+3=0. D. (Q4):x+y—2z+3=0_ J

Huéng dan

Goi H la hinh chiéu vudng goc ctia A trén d
Goi K 1a hinh chiéu vudng géc ctia H 1én (P),
= d(d, (P)) = d(H, (P)) = HK.

Ta c6 HA >HK = HK16n nhat khi K=A.

Ta tim toa d0 diém H.
x=1+t
Phuong trinh duong thang d:{y=1-t.
z=1+t
Hed=H(1+t1-t1+t)
AH=(t-1,2-t;t+3)
Tacs: AH LG, =(L-11) < AHG, =0 t-1-2+t+t+3=0<t=0.
= AH=(-1;2;3)
Tacé: i, =(-1;1;-1) va fi, AH=0=(P) L(Q,)

Chon dap an B.
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(HT 4. Trong khong gian véi hé toa d Oxyz,cho duong thang d:x_41—2:l2= Z;Z. Goi A l‘a\

duong thang qua diém A(4;0;,-1) song song véi d. Goi (P):Ax+By +Cz+D =0,(A,B,C €7 la

mgt phang chita A va c6 khoang cach dén d 1a 16n nhat. Khi do6, M=A’ +B> +C c6 thé la gia tri
nao sau day?

\_ A9 B. 6. C. 5. D. 4. )

Huéng dan

Goi K 1a hinh chiéu vudng goéc ctia A trén d.

Goi H 1a hinh chiéu vudng géc cua K trén (P).
=d(d;(P))=d(K;(P))=HK.

Taluén c6 KH<KA

HK 16n nhit < H= A,

< (P) LAK.

Hay mit phang (P) nhan AK 1a mot vecto phap tuyén.

x=-2+t
Tacd: d:qy=-2t
z=2+2t

Ked=K(-2+t;-2t;2+2t)

AK =(t—6;-2t;2t+3)

AK 14, =(1,-2;2) & AK.i, =0

St—6+4t+4t+6=0<=t=0.

— AK = (—6; 0; 3) cung phuong véi n = (2; 0;—1)
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=M=5.

Chon dap an C

6T 5. Trong khong gian véi hé toa do Oxyz,cho duong thang d: XT_l = % = Z;2 va di@
A(2;5;3). Goi (P) 1a mat phéng chtra d sao cho khoang cach tir A dén (P) la I6n nhat. Khi d6, mat

phang (P) vudng géc véi duong thang nao sau day?

A x—1=y—2=z+1. B, x—1=y—2=z+1.
1 —4 1 1 4 1
C x—1:y—2:z+1‘ D. x—1:y—2:z+1‘
2 1 2 2 -1 2
Huéng dan

Céach 1: Phwong phap hinh hoc

Goi K 1a hinh chiéu vudng géc ctia A trén d.
Goi H 1a hinh chiéu vudng géc cia A trén (P).
Taco: d(A;(P))=AH<AK.
= AH dat gia tri I6n nhat © H=K.
= (P) nhan AK lam vecto phép tuyén.
x=1+2t
Ta co: d:qy=t
z=2+2t

Véi Ked = K(1+2642 +2t )

AK=(2t-1;t-5;2t~1)
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Tacod: AK L, =(21,2) < AKG, =4t-2+t-5+4t-2=0ct=1.
= AK=(1-41)
= Chon dap an A.
Céch 2: Phwong phap dai s6
Phuong trinh mit phang (P):ax+by+cz+d =0 (a’ +b*+c* > 0).
(P) 6 vec-to phap tuyén n=(a;b;c), d di qua diém M(1;0;2) va ¢c6 VICP u=(2;1,2).

. . |[Me(@) a+2c+d=0 2c=—(2a+b)
Vi (P) > dnén = .

nu=0 2a+b+2c=0 d=a+b
Xét 2 treong hop:
TH1: Néu b =0 thi (P): x—z+1=0.Khi dé: d(A,(P))=0.

TH2: Néub # 0. Chon b=1 ta dugc (P): 2ax+2y—(2a+1)z+2a+2=0.

Khi dé: d(A,(P)):\/8294 == 0 —<3\2
a +4a-+
\/2(2a+1j +§
2) "2

Vay maxd(A,(P))=3\2< 2a+% —0ca= —%.

Khi dé6: (P): x—4y+z-3=0.

Chon dap an A.

(HT 6. Trong khong gian véi hé toa d6 Oxyz, cho mat phang (Q): x+2y—z+5=0 va du’ér@
thang d: x;—l = y-ll-l _273 . Goi (P) 1a m3t phang chtta dwong thang d va tao véi mat phang
(Q) mdt gbc nhéd nhat. Mt phang (P) di qua diém nao dwdi day?

A M, (0;-2:6). B. M, (0;2;6). C. M, (0;2;-6). D. M, (0;-2;-6). )

Huéng dan

Phuong trinh mit phang (P) c6 dang: (P):ax+by+cz+d =0 (a® +b* +c* #0).

Goi a =((P),(Q)).
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Me(P) [c=-a-b
Chon hai diém M(~1,-1;3),N(1;0;4E . Ta cc'):{ = ):{C 2

Ne(P)  |d=7a+4b

= (P): ax+by+(-2a-b)z+7a+4b=0 = cos(x:i la+bl

JE'J5a2 +4ab +2b”

TH1: Néu a=0 thi cosa =

3
NaNs

TH2: Néu a # 0 thi cosa:%. =.
6
\/5+4b+2(bj
a a

Dat x = b va f(x)=cos’a
a

2
Xét ham s6 f(x) =~ 2+
6 5+4x+2x

Dua vao BBT, ta thdy minf(x)=0 <> cosa =0 <> a=90" > 30’
Do d6 chi ¢é treong hop 1 thod man, tiec a = 0. Khi d6 chon b=1,c=1,d=4.
Vay: (P): y—z+4=0.

Chon dap an B.

HT 7. Trong khong gian véi hé toa d6 Oxyz, goi (P) 1a mit phing di qua diém M(9;1;1), cit céc
tia Ox, Oy, Oztai A, B, C. Thé tich tt dien OABC dat gia tri nho nhat bang:
83 81

A. 41. B. —. C. 40. D. —.
2 2

Huéng dan

Gia st A(a;0;0) € Ox,B(0;b;0) € Oy, C(0;0;c) €Oz (a,b,c>0).

Khi d6 phuong trinh mét phing (P) c6 dang: =+ % 221,
a C

Taco: M(9;1;1)e(P) = 2+%+1=1<:>abc=9bc+ac+ab (1);
a C

Thé tich khoi chop: Ve = %abc ()
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(1) < abc=9bc+ac+ab > 33[9(abc)y < (abc)’ >27.9(abc)’ <> abc>243 =V > %1

9bc =ac=ab a=27

Dau"="xayra< 49 1 1 <ib=3 = (P):
—+—+—-=1
a b c c=3

X
27

3 3

Chon dap an D.

/"HT 8. Trong khong gian v6i hé toa dd Oxyz, goi (P) la mat phang di qua di€ém M(1;2;3), cat cae,
L + L +
OA? OB®* OC?

tia Ox, Oy, Oztai A, B, C sao cho bi€u thttc c6 gia tri nho nhat. Mat phang
(P) di qua diém nao dwdi day?
\_ A M, (£02). B. M, (2;0;4). C. M, (1;,0;2). D. M, (2;0;1). Y,

Huéng dan

Gia stt A(a;0;0) € Ox,B(0;b;0) € Oy, C(0;0;,c) €Oz (a,b,c>0).

Khi d6 phuong trinh mét phing (P) c6 dang: =+ % +Z21.
a C

Ta cod: M(1;2;3)e(P) = l+3+§=1
a b c

1 1 1 1 1 1

Ta co:

+ + —+
OA* OB* OC* a* b* ¢

Theo bat dang thitc Bunhia-copxki ta cé:

2
[l+g+§j s(l+i+lj(12+22+32) :>l+l+l22l

a b c a’? b*> a® b* & 14
123
PN a=14

Dau “=" xay ra khi 1=l=l = b=E
a 2b 3c 2
11,1 1 | 1
a? b & 14 3

Vay, phuong trinh mat phang: (P):x+2y+3z-14=0

Chon dap an B.
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(HT 9. Trong khong gian véi hé toa dd Oxyz, goi (P) la mit phang di qua diém M(1;4;9), cat céc )
tia Ox, Oy, Oztai A, B, C sao cho bi€u thite OA+OB+OC ¢4 gid tri nho nhat. Mt phing (P)
di qua diém nao dudi day?

A (12:00). B. (0;6;0). C. (0;0;12). D. (6;0;0). y

Huéng dan

Gia st A(a;0;0) € Ox, B(0;b;0) € Oy, C(0;0;c) Oz (a,b,c>0).

Khi d6 phuong trinh mét phang (P) c6 dang: 5+%+E =1.
a C
Tacéd: M(1;4;9)e(P) = 1+é+2:1
a b c
1 4 9 1 i 4 ’ 9 i 2 2 2
:(E+E+Ej(a+b+c): [\/;J +(\/%J {\/;] ((«5) +(%) +(£))
>(1+2+3)’
:>a+b+c2(1+2+3)2
l+é+2:1
a b c a=6
Dau “=" xay ra khi: 1=%=§ <ib=12
a ¢ 2 c=18
a+b+c=(1+2+3)

A X 'y z
Vay, (P):=+=—=+—=1
y, (BP)ie+ 575

Chon dap an D.

Pén xem phin 2: “TUYEN TAP MOT SO BAI TOAN CUC TRI - VIET PHUONG TRINH
DUONG THANG”

Gido vién: Lvu Huy Thuéng

Nguoén : XX Hocmai
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e S

TUYEN TAP MOT SO BAI TOAN CUC TRI
VIET PHUONG TRINH PUONG THANG (P2)

https://www.facebook.com/ThuongToan.hocmai

Bién soan: Lwu Huy Thuéng

x-2 y-1 z-1
-2
A(3;2;1),B(2;0;4) . Goi A la duong théng qua A, vudng goéc voi d sao cho khoang cach tir B tdi A

va hai di@

KHT 1. Trong khong gian Oxyz,cho duong thang d:

la nho nhat. Goi u = (a; b;c) la vec-to chi phwong ctia A vdi a,b,c €Z Gia tricua P= a’+b*+c?

c6 thé 1a gia tri nao duwéi day?

\_ A 11 B. 6. C. 3. D. 5. 4

Huéng dan

/r{ﬂ

Goi (P) 1a mat phang di qua A va vudng goc véi d.
= (P) 1a mat phang duy nhét. Khi d6, A =(P)

v" Dung hinh:

Goi H 1a hinh chiéu vudng goc cua B 1én (P)

Khi d6, ta chting minh duong thang A di qua A va H thda yéu cau bai toan.
v' Chirng minh:

Tacé: BHL(P)=BH LA=d(B;A)=BH.

Xét: A'#A diqua A vanam trong (P)

Khi do, goi H' la hinh chiéu vudng goc ctia B trén A’

Trong tam giac vuong BHH' ta luén c6: BH' > BH
= BH la doan nho nhat.
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v Tinh:
d c6 vec-to chi phuwongu, =(1;,-2;2).
Ta c6, mat phang (P) qua A vavuodng goéc voi d
= (P):1.(x-3)-2.(y-2)+2.(z-1)=0
< x-2y+2z-1=0.
Puong thang BH qua B va song song véi d

x=2+t
=BH:{y=-2t = H(2 +t; —2t;4+2t) thay toa do vao phuwong trinh (P) ta duoc:
z=4+2t

2+t+4t+2(4+2t)-1=0<t=-1=H(1,2;2).
Ta co: E—I:(—Z;O;l) la mot vec-to chi phuwong cua A

= Chon dap an D.

!6 2. Trong khong gian véi hé toa d Oxyz,cho duong thang A: XTH = % = Z+11 va hai di@

A(L;2;-1), B(3,-1,-5). Goi d la duong théng di qua diém A va cit duong th:fmg A sao cho
khoang cach tir B dén duong thang d 1a 16n nhat. Khi d6, goi M(a,'b;c) la giao diém cua d va

A. Giatri P=a+b+c bang
\A. —2. B. 2. C. 6. D. 4. J

Hudéng dan

> Dung hinh va chttng minh
Goi H la hinh chi€u vudng goc ctia B trén d =BH<BA
Vay, dé€ khoang cach tir B dén d 1a16n nhdt thi BH=BA < H=A
—d 1 BA < AM L AB

» Tinh
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Tacd: MeA = M(=1+2t;3t;—1—t), AM =(-2+2t;3t —2; -t), AB =(2; -3; -4)
AM.AB=0 < 2(-2+2t)-3(3t—2) +4t =0 < t = 2 = M(3; 6;-3)

=P=3+6-3=6.

Chon dap an C

/G 3. Trong khong gian vdi hé toa d0 Oxyz, cho hai diém A(1; 5; 0), B(3; 3; 6) va duong th@

A: XTH = y—_ll = g Goi d 1a dwong thang di qua diém B va cat duong thang A tai diém C sao

cho dién tich tam gidc ABC c6 gia tri nho nhat. Duong thang d vudng gdc véi duong thang
nao sau day?

x=-1+t x=-1+t x=-1+t x=-1-t
A Jy=-2t . B.jy=-2t . C Jy=2t . D. {y=-2t

\ z=1-t z=1+t z=1-t z=1-t /

Huéng dan

O ¢
o

N
> Y tudng:
1

Cong thic tinh dién tich tam gidc S, ,,. = E‘[A—B; A—c]
Trong d6, Ce A= 1 an sd.
Bai toan trd thanh tim gia tri nho nhat cia ham 1 an

» Thuc hién

x=-1+2t
Phuong trinh tham s6 ctia A: {y =1-t
z=2t

Diém C € A nén C(—1+2t;1-t;2t).

AC =(=2+2t;~4—t;2t); AB=(2;,-2;6); | AC, AB | =(-24 —2t;12 —8t;12 —2t)
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- |[[AC,AB] =218t —36t+216 = S= %\[AT:,E]\ - J18(t—17 + 198 > /198

(Hoc sinh c6 thé xét ham so: f (t) =18t —36t +216 d€ tim gi tri nhé nhat ctia ham sd)
Vay: Min S = 198 khi t=1 hay C(1;0; 2)
BC =(-2;-3;-4)

Chon dap an B.

ﬁT 4. Trong khong gian véi hé toa 40 Oxyzcho mat phang (P):x+3y-z-1=0 va cac dié’a
A(1;0;0) ;B(0;-2;3). Goi d la duong thang nam trong (P) di qua A va cach B mot khoang 16n
nhat. Goi i la vec-to chi phuong ctia d. 4 vudng goéc véi vec-to nao sau day?

A1, =(L41). B#,=(-L41). Cn=(L41) D. n, =(-1—41). )

Huéng dan

» Dung hinh va chitng minh
Goi H 1a hinh chiéu vudng goc cua B trén d = BH<BA
Vay, dé khoang cach tir B dén d la lon nhat tht BH=BA < H=A
Khi d6, duong thang d qua A, nam trong (P) va vudng goéc voi AB.
»> Tinh
Ta co: AB=(-1,-2;3) ; fi, =(1,3;~1) la mot vec-to phép tuyén cua (P)
Goi u, la vec-to chi phuong cua d
dc(P u,ln —
Tacs: {4 (F) [0t =i, = [ﬁP;AB} =(7,-21).
dLAB |u, LAB

Ta co: u, J_ns.

Chon dap an C
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MT 5. Trong khong gian véi hé toa @ Oxyzcho mit phang (P):x+3y—z—1=0 va cac diém)
A(1;0;0) ;B(0;-2;3). Goi d la duong thing nam trong (P) di qua A va cach B mot khoang nhé
nhét. Goi u la vec-to chi phuong ctia d. 4 vudng gdc véi vec-to nao sau day?

A 1, =(-L-31). B f#,=(-131). Cf,=(L31) D. i, =(-1;3;-1). )

Huéng dan

Cach 1: Phuong phap hinh hoc.
> Dung hinh
Goi H 1a hinh chiéu vuéng goc ctuia B 1én (P)
Khi d6, ta chitng minh duwong thang d di qua A va H théa yéu cau bai toan.
v" Chitng minh:
Tacé: BHL(P)=BH LA=d(B;A)=BH.
Xét: A'#A diqua A vanam trong (P)
Khi d6, goi H' la hinh chiéu vudng gbéc ctia B trén A'
Trong tam gidc vuong BHH' ta luén c6: BH'>BH
= BH la doan nho nhat.
» Tinh
BH qua B va vudng goc véi (P)
x=t
= Phuong trinh tham sd cua BH la: {y =-2+3t
z=3-t
HeBH= H(t; —2+3t;3—t) Thay toa do diém H vao phuong trinh mat phang (P) ta duoc:

t—6+9t—3+t—1:0<:>t:E

11
y(10.8 23
11 11 11
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d c6 mot vec-to chi phuwong u, = (—1; 8; 23).
U, 1L n, = Chon dap an A.
Céch 2: Phuwong phap dai s6
bat: u= (a;b;c) 1 vecto chi phuwong cua d véi a* +b* +c* > 0.
Tacé: d=(P)=uLln, < un, =0
<a+3b-c=0<c=a+3b
=u =(a;b;a+3b).
Cong thttc tinh khoang cach tr B dén d:
[8:3]

d(B;d)="———+

\a

Ta co: [E;ﬁ} = (—Za —9b;4a +3b;2a —b)

[AB:a] |(2a+9b) +(4a+3b) +(2a-b)
\lia2 +b’ +(a+3b)2

=d(B;d)="—

G

_ \[24a’ +56ab +91b?
\/2a2 +6ab +10b?

TH1: b=0=d(B;d)=23

TH2: b0 chia ca t& va mau cho b’ ta duoc:

AB; i 2a” | 562 gy i
d(B;d)= ‘[AB’H}‘ _24a’+56ab+91b> _\ p? b | 248> +56t+91
' G J2a% +6ab+10b° 2a’> 6a 28 +6t+10
—+—+10
b> b
2
Xét ham so: f(t) = 24t2 +56t +91
2t +6t+10
7
, __7
e 32t +116t+1§1:0:> >
(2t +6t+10) f=_1

Bang bién thién:
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7 1
t] - ) 2 'E +00
() + 0 - 0 +
1 12
0 / 7
100
12 ETa
100

Duya vao bang bién thién ta c6: Minf (t) NETH

= minf(t) =J% <2\3

Vay, mind(B;d)= 11i10 khi t=—%:>%=—%.

a=1 _
=c=-23 =1i=(1,-8-23)

Chon {

Chon dap an A.

Nhan xét: Phuong phap dai sd vira cho ta biét khoang cach 16n nhat va nho nhat tie B dén d
nhwng ma tinh thi...

{6 6. Trong khong gian v6i hé toa d6 Oxyz,goi d 1a duong thang di qua A(0;-1;2), cat du"o*%

thang A, :X—+1 _y_z=2 sao cho khoang cach gitta d va duong thang A, : X>_y._z la 16n
2 1 - 2 21
nhat. Duong thang d song song véi mat phang nao sau day?
A. (P):2x+y+17z+1=0. B. (P,):2x+y—17z+1=0.

\c. (P,):2x—y—-17z+1=0. D. (P,):2x+y—17z+1=0. /

Huéng dan

Cach 1: Phuwong phap hinh hoc

> Dung hinh va chitng minh
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<r gf“'@ D)

Goi H la hinh chiéu vuong goéc ctia A trén A,

Goi MN la doan vudng goc chung cua d va A,.

Khi d6, d(d;A,)=MN < AH

— Khoang cach gitra d va duong thang A, 1én nhat khi va chi khi AH 1a doan vudng goc
chung ctia d va A,

»> Tinh

Tim vec-to AH.

Tacd: He A, = H(2t+5;-2t;t)

E—I=(2t+5;—2t+1;t—2) ; u, :(2;—2;1) la vec-to chi phuwong cta A,.

AH 1 A, = AH.4, =0 <:>4t+10+4t—2+t—2=0<:>t=—§

Tim vec-to phap tuyén ctia (P)
Goi (P) la mit phang chira A, va d
M(-1,0;2) €A, ; AM=(-1;10) ; 1, =(21-1) 1a1 vec-to chi phuong ctia A,.
Mt phéng (P) 6 1 vec-to phap tuyén 1a: fi, = [EA; al} = (-1,-1;-3)

Tim vec-to chi phuwong caa d.

dLAH |4 1 AH — 29 41 4
4 ] (- 24,
T

Khi d¢, {d - (P) =

1jiP
= d song song vdi (P4)

Chon dap an D.

Céch 2: Phuong phép dai s6
Goi M=dnA,.Gia sit M(—1+2t;t;2—t).VTCP ctiad : Gi, = AM =(2t—1;t+1;—t)

A, di qua N(5;0;0) va c6 VICP v, =(2;-2;1); AN =(5;1;-2); [Vt |=(t-1;4t-1;6t)

v,,uy, AN 2
:d(Az,d):‘[VA fa 3,2V _3 i)

[v,a,] V53t -10t+2
2
Xét ham s f(t) = (22;,[) . Ta suy ra dugc maxf(t) = f(i) _26
53t" -10t+2 3779
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= max(d@,d))= \/?6’[@1 t= %

— 29 41 26
Ry

Chon dap an D.

(ﬁ 7. Trong khong gian véi hé toa d6 Oxyz, goi d 1a duong thang di qua A(1;-1;2), song sona

v6i mit phang (P):2x—y-z+3=0.Goi a,p lan lugt 1a goc 16n nhat va nho nhat gitra d va
duong thing A: XTH = y_—21 = g Trong céc khéng dinh sau, khdng dinh dting 1a
cosa =0 cosa =0 COSOC—§ _5\/5
A. 5 B. 573 C. 9 D. {€®%=7g
\ SEE= COSB__ cosB=0 cosB=0 J

Huéng dan
A 6 VICP 1, =(1;-2;2). Goi VTCP ctia dwong thang d1a i =(a;b;c).
d /(P) < id, =0 < c=2a-b. Goi gic gifta hai m4t phang 1a 6.

s eosg [3a-4bl 1 \/ (5a—4b)?
3\5a2 —4ab+2b* 3 \5a’—4ab+2b’

+ TH1: Néu b =0 thi COS@=%.\/§

. ... a 1 (5t 4y’
+TH2: Néu b=0.Pat t=— = cos0=—. 4/ t)
’ b 3 \5t° —4t+2 "3 ®
_ 2
Xét ham so f(t)=% Ta suy ra dugc: 0<cos6 = «/f(t 5f
—4t+

5\3

So sanh TH1 va TH2, ta suy ra: 0 <cos0 < e
Trong {O;g} ham cosin 1a ham nghich bién, gbc cang nho, gia tri cosin cang 16n

cosa=0

= 53 Chon dap an B.
cosfP = r
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{g 8. Trong khong gian véi hé toa dd Oxyzgoi d 1a duong thang di qua A(-1;0;-1), cat
x=1 y-2 z+2

duong thang A, : . Goi a,B Tan lugt 1a goc 1on nhat va nho nhat gitta d

2 1 -1
. \ 2 x-3 y-2 z+3 , . . o . , .
va duong thang A, : = - . Trong cac khang dinh sau, khang dinh dung la
cosa =0 cosa=0 cosa=0 coso =0
A. ) B. 1 C. 2 D. 1
cospB== cosB=—F= cosP=— cosB=—
\ V=5 J5 J5 =3 J

Huéng dan
Goi M=dnA,.Gia st M(1+2t;2+t;-2~1).

VICP ciad: G, = AM = (2t +2;t+2;-1—t). Goi 6=(d,A,).

2 / t 2
= cosO=—. —:—.«fft
3\N6t>+14t+9 3 ®
t2

Xét ham s0 f(t) = —.
6t +14t+9

Ta suy ra dwoc maxf(t) = f(—gj = %;minf(t) =£(0)=0

:>OSCOSOSi

J5

Trong [O;g} ham cosin 1a ham nghich bién, géc cang nho, gid tri cosin cang 1on

cosa =0
cosf = 2
NG
Chon dap an C

Dén xem phin 3: “TUYEN TAP MOT SO BAI TOAN CUC TRI - PIEM TRONG KHONG
GIAN”

Gido vién: Lvu Huy Thuéng

Nguon : A% Hocmai
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