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Cau 4:

Cau 5:

Caiu 6:

Cau7:

Caiu 8:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

PE ON TAP KIEM TRA GIUA HQC KY II
MON: TOAN 12 - PE SO: 01
Trong khong gian Oxyz , cho ba diém 4(2;0;0), B(0;0;—1), C(0;50). Phuong trinh ctia mt

phing (ABC ) la

A. 2x+5y—-z=1. B. 2+2+Zo1, c.2+2i 2o A
2 -1 5 2 5 - 2 5 -
Tich phan I ln—zxdx bang
X
A.1-In2. B.l—g. C.E. D.1+E.
e 50 e

Trong khong gian Oxyz , cho mit phang (P) :2x— y+32+2004 = 0. Mot vécto phap tuyén cia
mit phang (P) la

A. A =(-2-13).  B.#,=(2-13). C. i, =(2;1;-3). D. i, =(2;1;3).
Trong khong gian Oxyz , dudng thing Oy c6 phuong trinh tham s6 1a
x=0 x=t x=1 x=0
A.qy=t. B.<y=t. C.iy=t. D.sy=1.
z=0 z=t z=1 z=0
1
Tich phan j(Zx—S)dx bang
-3
A. 8. B. —20. C. -28. D. 4.
Ham s6 F (x) 1a mot nguyén ham ciia ham s6 f (x) trén khoang K néu
A. f'(x)=F(x),VxeK. B. f'(x)=F(x)+C,Vxek.
C. F'(x)=f(x),VxeK. D. F'(x)=f(x)+C,VxeKk.

Cho f(x) 1a mot ham s lién tuc trén doan [—1;2] .Gia st F(x) 1a mot nguyén ham cua f(x)

trén doan [—l; 2] . Khing dinh nao sau day dung?

A. jf(x)dsz(2)—F(—l). B. ff(x)dsz(—l)—F(z).

C. jf(x)dx:F(2)+F(1). D. jf(x)dx:F(2)+F(—1).

Trong khéng gian Oxyz, cho diém M(O; 0;1) va mit phing (Q) 3x+y—-2z4+5=0. Mat
phing (P) di qua M va song song véi ( Q) . Phuong trinh ciia mat phang (P) la
A.3x+y—-2z+2=0.B.3x+y—-2z-1=0.
C.3x+y—-2z4+45=0.D.3x+y-2z-2=0.

Hinh phang giéi han boi d6 thi hamsd y = f (x) lién tuc trén doan [1; 2] ,truc Ox va hai duong

thang x =1, x =2 co dién tich 1a
2

A.S:jf(x)dx. B.S:j|f(x)|dx. C.S:jf(x)dx. D. S = [|£(x)]dx.

1 1
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Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

2021
Cho tich phan [ = I (1+x)12 dx.DPat u = x+1 ta duoc
0

2021 2022 2022 2021
A. I = Iulzdu. B. = julzdu. C.I= j(u—l)lzdu. D. I = I(u—l)lzdu.
0 1 1 0

Trong khong gian Oxyz , cho mit cdu (S):(x+1)" +(y—4)" +(z-2)" =9. Tam cva (S) la diém
A. J(1;4;2). B. K(l;—4;—2). C. H(—l;—4;—2). D. I(—1;4;2).

Trong khong gian Oxyz , hinh chiéu vudng goc cua diém M (4; 2;—1) trén truc Oy 1a diém

A. M,(4;0;0). B. M,(0;0;-1). C. M,(4;0;-1). D. M,(0;2;0).

Trong khong gian Oxyz , cho vét thé (H) gi6i han boi hai mét phing c6 phuong trinh x =a va
x=b (a<b).Goi S(x) la dién tich thiét dién ciia (H) bi cit boi mat phang vudng goc vai truc
Ox tai diém c6 hoanh d6 1a x, v6i a <x<b. Gia st ham s6 y = S(x) lién tuc trén doan [a;b].
Khi d6, thé tich ¥ cua vat thé (H) duoc tinh boi cong thirc

A. V:jSz(x)dx. B. V:jS(x)dx. C. VzﬂiSz(x)dx. D. V:ﬂj‘S(x)dx.

Trong khong gian Oxyz, cho diém M, (xo;yo;zo) va mit phing (a) :Ax+By+Cz+D=0.
Khoang cach tir diém M 0 dén mit phing ( a) bang

A Ax,+ By, +Cz, + D B | Ax, + By, + Cz, + D|
VA + B +C VA + B +C?

c |Ax, + By, +Cz, + D| b |Ax, + By, + Cz, + D|
A +B+C JA+B+C

7 5
Cho [ f(x)dx=12. Tich phan [ f(2x~3)dx bing
-3 0
A. 6. B. 21. C.12. D. 24.
Trong khong gian Oxyz, cho duong thang A di qua diém M (-1;3;5) va c6 mot vécto chi

phuong 13 ii =(2;-3;4). Puong thing A c¢6 phuong trinh tham sb 1a

x=1+2¢ x=—1+2¢ x=—1+2¢ x=2—t
A <y=3-3¢. B. <y=3+3t . C.qy=3-3¢t . D.<y=-3+3¢.
z=5+4¢ z=5+4¢ z=5+4¢ z=4+5¢

Ho tat c4 cac nguyén ham cua ham s6 f(x)=e" la.

X x+1

A S Lc. B. & 4+ C. C. e +C. D.
X x+1

3 4 4
Cho [ f(x)dx=9, [ f(x)dr=25.Tichphan [ f(x)dx binga
1 3 1
A. 32. B. 35. C. -16. D. 34.
Trong khong gian Oxyz, cho hai diém A(O; —4;1) va B(2; 2;7). Trung diém cua doan thrfmg
AB 1a diém
A. O(L,-1;4). B. M (2;-2;8). C. P(1;3;3). D. N(2;6;6).
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Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

Dién tich phan hinh phang gach chéo trong hinh v& bén

dugc tinh theo cong thirc nao dudi day? YA
2 2 }

A [(-2x+2)dx. B [(2x-2)dx. 3 /y -2 -1
-1 i

—
/

C. T(2x2—2x—4)dx. D. j.(—2x2+2x+4)dx.
- Y= -7+3

Dién tich S ctia hinh phang giéi han boi d6 thi ham s
y =3x*+1, truc hoanh va hai duong thang x=0,x=2 1a
A. S=11. B. S=12. C. S=10. D. §=9.

Trong khong gian Oxyz, cho mit phing (a) :2x—5y+3z—6=0. Giao diém cta mit phang

(@) vatruc Ox la diém

A. M(3;0;0). B. N(2;0;0). C. P(-6;0;0). D. 0(6;0;0).

Tich phan I: sin xdx bang

A. 0,0861. B. 0. C.2. D. 2.

Trong khong gian Oxyz , cho dudng thing d di qua hai diém A(l;—3;0),B(2;1;4) Mot vecto
chi phuong ctia duong thang d 1a

A.u =(-1;~4;,-4).  B.u, :G;—l;z) C.u,=(3-24).  D.u, =(2-30).

Khang dinh nao sau ddy ding?

A.j .12 dx=—tanx+C. B.I —dx=—tanx+C.
sin” x cos” x
C.I ,12 dx=cotx+C. D.j dx=tanx+C.
sin” x cos” x
Cho hai ham s6 f(x), g(x) lién tuc trén R . Ménh dé nao sau day sai?
A. [4f(0)dx =4 f(x)dx. B. [[/(x)-g(0)]dx = [ f(x)dx— [ g(x)dx .
C. [[f(x)g()]dr = f(x)dx. j g(x)dx . D. [[f()+g(x)]dx = [ £(x)de+ [ g(x)dx .
12
Cho _[f )dx =6, jg =~11. Tich phan [(f(x)-g(x))dr bang
0
A. 5. B.17. C. -5. D. -17.
Trong khong gian Oxyz, cho hai diém A(—l;l;Z) va B(2;2;1) . Khang dinh nao sau ddy dung?
A. 4B =(LL-1). B. 4B =(13;3). C. AB=(-3;-1;1).  D. AB=(3;;-1).
Khang dinh nao sau ddy ding?
A. jsiandx =2cos2x+C. B. jsiandx =-2cos2x+C.

C. Jsin2xdx=%cos2x+c. D. Jsiandx=—%cost+C.

Cho ham sé y = f(x) lién tuc trén [a;b]. Thé tich vat thé tron xoay sinh ra khi cho hinh phiang
gi61 han boi cac duong y = f(x),y=0,x=a,x =b quay quanh truc hoanh la
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Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

A. V:nzifz(x)dx. B. V:nzif(x)dx. C. Vzﬂji‘fz(x)dx. D. V:ﬁif(x)dx.

Trong khong gian Oxyz, cho mit cau (§) c6 tam 1(0;3;-3)va ban kinh R =5. Phuong trinh
cua () Ia
Ao x4+ (y+3) +(2-3) =5. B. x> +(y+3) +(z-3) =25.
C. x2+(y—3)2+(z+3)2:25. D. x2+(y—3)2+(z+3) =5.
Ho tt ca cac nguyén ham cia ham sb f(x):l(x;tO) 1a

x

A. In|x|+C. B.Inx+C. c.-Lic. D

—+C.

x’ In|x]

Trong khong gian Oxyz, cho diém A(1;3;1) va mit phing (a):x+y+2z-2022=0. Dudng
thang d diqua 4 va vudng goc v6i (). Duong thing d c6 phuong trinh 1a

A x—1:y—3:Z—1. B. x—lzy—lzz—Z. C. x+1:y+3:z+1.
1 1 2 1 3 1 1 1 2

p.2=2-
1

Cho ham s6 y = f(x) lién tyc trén R va c6 do thi nhu hinh vé& dudi day.
Y
y=/(: w/
/—3 O 4 =z
Dién tich S ciia phan hinh phang gach chéo trong hinh dugc tinh theo cong thirc nao?
-3 4 3 4
A S= j F(x)dx— j F(x)dx. B. S= j F)dx+ j F(x)dx.
0 0 0 0
4 0 4
C. S= f(x)dx. D. = [ f()de—[ f(x)dx.
-3 -3 0
Khang dinh nao sau day dang?
A. Icosxdx=—sinx+C. B. Icosxdx=sinx+C.
C. Icosxdx:sinx . D. jcosxdx:—sinx .
2
Cho [(2x+1)e'dx =a.e’ +b.e,véi a, b 1a cdc s6 hitu ti. Gid tri ctia biéu thic a+b bing
1
A. 8. B. 3. C.2. D. 4.
Trong khéng gian Oxyz cho ba diém M(2;3;-1), N(-LL1) va P(Lm+1;2). Biét tam giac

MNP vudng tai N . Khing dinh nao sau day dang?
A.m=-2. B. m=2. C.m=4. D. m=—4.

Trong khong gian Oxyz, cho mit phing (Q):2x-y+3z-2021=0 va dudng thing
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Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

x=2-t

d:4y=-1-2t.Goi (P) lamit phang chira d va vudng goc véi (Q) . Phuong trinh ciia mat phang
z=4+5t

(P) la

A. x—13y-5z+5=0. B. x+5y+z-13=0.

C.2x—-y+3z-17=0. D. —x-2y+5z-20=0.

Cho ham s6 y=f(x) c6 dao ham trén R. Do thi ham s6
y=f"(x) nhu hinh v& Dat h(x)=2f(x)—x>. Ménh dé nao
dudi day dang?

- h(4)>h(-2)>h(2).
- h(2)>h(4)>h(-2).
- h(=2)>h(4)>h(2).
D.h( )> h(=2) > h(4).

Trong khong gian Oxyz, cho ba diém A(2;4,-1), B(3:;2;2), C(0;3;-2) va mit phing

(B):x—y+2z+1=0.Goi M ladiém tily y chay trén mdt phiang (3). Gid tri nhd nhét cta biéu
thitc 7' = MA+ MB + MC biang

A W2, B. V13 +/14 . C. 62 D. 32 +6.

Trong khong gian Oxyz , cho mit phang (a):x+y-2z+2=0 vahai diém A4 (2;0;1), B(1;1;2)
. Goi d la dudng thing ndm trong (cr) va cdt duong thing 4B, thoa man géc giira hai duong
thing AB va d bang goc gitta duong thing 4B va mit phing («). Khoang céach tir diém 4
dén duong thang d bang

A. 2. B*6 C.\3 Dﬁ

5 .3 S
Ho tat ca cdc nguyén ham ctia ham sé f(x)=2xInx 1a

2 2 2
A. lenx+%+C. B. lenx—%H. C. lenx—%+C. D. X’Inx-x+C.

1
Cho .[ ( 4 + 3 ]dx =4 véi hang s6 m > 6. Khang dinh nao sau day diing?
b V8x+17  6x+m

A. 12<m<20. B. 9<m<12. C. m>20. D. 6<m<9.

Mot 6 t6 dang chay véi van toc 12 m/s thi nguoi l4i dap phanh; tir thoi diém d6, 6 t6 chuyén
dong cham dan déu vé6i van toc v(1)=—4r+12 (m/s), trong d6 ¢ la khoang thoi gian tinh bang
gidy, ké tir lic bat dau dap phanh. Hoi tir lic dap phanh dén khi dimg han, 6 t6 con di chuyén bao
nhiéu mét?

A. 20 m. B. 10m. C.16m. D. 18m.

Cho ham s0 y = f(x) c6 dao ham trén R va théa man f*(x).f(x)=x,VxeR.Biét f(0)=
khang dinh nao sau day dung?
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Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

A. f2(2)=4. B. /*(2)=5. C. f*(2)=6. D. f*(2)=

Cho (H) 1 hinh phéing gi6i han béi db thi ham sé y =+/x> +1, truc hoanh va céc duong théng

x=1, x=4.Khi (H ) quay quanh truc Ox tao thanh mét khdi tron xoay c6 thé tich bing

A. 24r . B. 24. C. 8,15. D. 8,157 .

Trong khong gian Oxyz, cho mit phing (a):2x—2y—z+1=0 va hai duong thang
x=-2+t x=2t

d:{y=2+t ,d,:{y=3+1t".Goi A la duong thang nim trong mit phang (a) va cit ca hai
z=—t z=1

duong thang d,, d,. Puong thing A c6 phuong trinh 1a

x—6 y-6 z-1 B x=5 y-9 z+7 .

A. = = . B. = =
1 -3 8 1 3 8
C. x—6 =y—6= z—l. D. x-5 =y—9 _ Z+7.
5 9 —7 6 6 1

Xét vat thé (T ) nam giita hai mat phang x =—1 va x =1. Biét rang thiét dién cua vat thé cat boi
mat phéng vuong goc véi truc Ox tai diém c6 hoanh do x (—l <x< 1) 1a mot hinh vudng c6 canh

bang 2v1-x’ . Thé tich vt thé (7)) bang

Al B3 C.z. p. 1%
3 3 3
Trong khong gian  Oxyz, cho hai duong thangd, : il 4 _Im =2 ;3 ,
-1 2 z+1 3 ; C .
d,: GAL A A £ , 6 do m#—— la tham s0. V6i gid tri nao cua m thi duong thang d,
3 -2 2m+3 2
vuodng goc voi duong thing d,?
A.mz—l. B.m:l. C.mz—ﬂ. D. 15
2 2
Cho ham s6 f (x) c6 dao ham trén mdi khoang [—oo ——j, (—% j dong thoi thoa man
1 . . 2
f'(x)= Vi £ - , va  f(-1)+2f(0)=2In674. Gia tri cia biéu thuc
2x+1 2
S=f(-2)+f(1)+ f(4) bing
A. 2In3-1n674. B. In2022. C. 2In2022. D. 3In3.
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Cau 1:

Cau 2:

Cau 3:

Cau 4:

Caiu 6:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

HUONG DAN GIAI CHI TIET
Trong khong gian Oxyz , cho ba diém 4(2;0;0), B(0;0;—1), C(0;5;0). Phuong trinh ctia mt

phang (4BC) la
A. 2x+5y—z=1. B. 2+l 421
2 5
Chon D
, \ ) < 2 Xy V4
Ta c¢6 Phuong trinh cua mat phang (ABC ) la 5+§+_ =1

Tich phan I ln—zxdx bang
X

1

A.1-In2. E.l—z. C.E. D.1+g.
e 50 e
Loi giai
Chon B
u=Inx du=—dx
Ta c6: 1 = x
v=—2dx 1
X -
tlnx 1) ¢1 2
= | —dx=| — |+ | =dx=1-=
e e a2

Trong khong gian Oxyz , cho mit phang (P) :2x— y+3z+2004 = 0. Mot vécto phap tuyén cia
mit phing (P) la

A, A =(-2-13). B.#,=(2-13). C. i, =(2;1,-3). D. i, =(2;1;3).
Loi giai
Chon B
Trong khong gian Oxyz , duong thang Oy c6 phuong trinh tham s6 13
x=0 x=t x=1 x=0
A.Jy=t. B.<y=t. C.iy=t. D.<y=1.
z=0 z=t z=1 z=0
Loi giai
Chon A

1
Tich phan I (2x—5)dx bang
-3
A. 8. B. —20. C. -28. D. 4.
Loi giai
Chon C

1
Tacé: [(2x—5)dr=-28

-3
Ham s6 F (x) 1a mot nguyén ham ciia ham s6 f (x) trén khoang K néu

A. f'(x)=F(x),VxeK. B. ['(x)=F(x)+C,VxeK.
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DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

C. F'(x)=f(x),VxeK. D. F'(x)=f(x)+C,VxeKk.
Loi giai
Chon C
Cong thirc F'(x)=f(x),VxeK.
Cau7: Cho f(x) 12 mot ham s6 lién tuc trén doan [—1;2] . Gia su F(x) la m§t nguyén ham cta f(x)

trén doan [—1; 2] . Khing dinh nao sau ddy dung?

A jf(x)dsz(Z)—F(—l). B. jf(x)dx:F(—l)—F(2).
c. jf(x)dx:F(2)+F(1). D. jf(x)dsz(2)+F(—1).
Loi giai

Chon A
Cong thirc jf(x)dx = F(2)—F(—1).

Cau 8: Trong khong gian Oxyz, cho diém M(O;O;l) va miat phang (Q) :3x+y—-2z+5=0. Mat
phing (P) di qua M va song song vé&i (Q) Phuong trinh cia mat phang (P) la
A.3x+y—-2z+42=0.B. 3x+y—-2z-1=0.
C.3x+y—-2z+5=0.D.3x+y—-2z-2=0.

Loi gidi
Chon A
(P)||(Q):>(P):3x+y—22+D:0.
M E(P):>D=2.
Phuong trinh ctia mét phing (P) la3x+y—-2z+2=0.

Cau9:  Hinh phang giéi han boi d6 thi hamsé y = f (x) lién tuc trén doan [1; 2] , truc Ox va hai duong
thing x =1, x =2 c6 dién tich la
1 1 2 2
AS=[f(x)dx.  B.S=[|f(x)dx. C.S=[f(x)dx. D.S=[|f(x)dx.
2 2 1 1
Loi giai
Chon D
Hinh phang gi6i han boi d6 thi ham sé y = f (x) lién tuc trén doan [1; 2] , truc Ox va hai duong

2
thang x =1, x =2 co dién tich 1a S=J.|f(x)|dx.
1

2021
Cau 10: Cho tich phan [ = J. (I—HC)12 dx.DPat u = x+1 ta duoc
0
2021 2022
Al = j udu . B. = I udu .

0 1
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2022 b 2021 -
C.I= I (u—l) du. D. I = j (u—l) du .
1 0
Loi giai
Chon B
bat u=x+1; du =dx.
Pdican x=0=>u=1va x=2021=u=2022.
2022
Khido [ = I udu .
1
Céu 11: Trong khong gian Oxyz , cho mit cau (S):(x+ 1)2 +(y— 4)2 +(z— 2)2 =9.Tamcua (S) 1a diém
A J(1;4:2). B. K(1;-4;-2). C. H(-1;-4;-2). D. I(-1;4;2).
Loi giai
Chon D
Taco (S):(x+1)" +(y—4) +(z-2)" =9=Tamcta () 1a 1(~1;4;2).
Céu 12: Trong khong gian Oxyz , hinh chiéu vudng goc cua diém M (4;2;—1) trén truc Oy 1a diém
A. M,(4;0;0). B. M,(0;0;—1). C. M, (4;0;-1). D. M,(0;2;0).
Loi giai
Chon D
Hinh chiéu vuong goc cua diém M (4; 2;—1) trén truc Oy la diém M 5 (0; 2;0) .
Céu 13: Trong khong gian Oxyz, cho vat thé (H) giéi han boi hai mat phang co phuong trinh x =a va
x=b (a<b).Goi S(x) la dién tich thiét dién ciia (H) bi cit boi mat phang vudng goc vai truc
Ox tai diém c6 hoanh d6 1a x, v6i a <x<b.Gia st ham s6 y = S(x) lién tuc trén doan [a;b].
Khi d6, thé tich ¥ cua vat thé (H) duoc tinh boi cong thirc

A. V:isz(x)dx. B. V:jS(x)dx. C. V:zzfsz(x)dx. D. V:ﬂjS(x)dx.

Loi giai
Chon B
Cau 14: Trong khong gian Oxyz, cho diém M, (xo;yo;zo) va mit phang (a) :Ax+By+Cz+D=0.
Khodng cach tir diém M, dén mit phing () bang

A A%+ By +Cs+D o |Axo+By0+Czo+D|.

Jesp vt T LB
c |Ax, + By, + Cz, + D| b |Ax, + By, +Cz, + D|
o A+B " Ja+B+C
Loi giai
Chon B
Ta c6 d(M;(a)) _ |Ax0 + By, +Cz, +D| .
NA*+B*+C?
7 5
[£(x)dx=12 [r(2x-3)dx
Cau 15: Cho - . Tich phéan © bang
A. 6. B. 21. C.12. D. 24.
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Loi gidi
Chon A
bat t =2x-3 = dr =2dx.
Poican x=0=>t=-3; x=5=¢=7.

p 1 17 1
Suy ra !f(zx—3)dx=§_j3f(z)dt=§_j3f(x)dx=5.12=6.

Céu 16: Trong khong gian Oxyz, cho dudng thang A di qua diém M 0 (—l; 3;5) va c6 mdt vécto chi
phuong 13 ii =(2;-3;4). Puong thing A c¢6 phuong trinh tham sé la

x=1+2¢ x=-1+2¢ x=—1+2¢ x=2-t
A.<y=3-3¢. B.{y=3+3¢t . C.qy=3-3t . D.<y=-3+3t.
z=5+4t z=5+4¢ z=5+4¢ z=4+5t
Loi giai

Chon C
Céu 17: Ho tit ca cac nguyén ham ctiia ham sé f(x) =e* 1a.

X x+1

A S, B. e +C. C.e+C. D. < +cC.
X x+1
Loi giai
Chon C
3 4
[f(x)dx=9 , [f(x)dx
Cau 18: Cho , [ £ (x)dx=25. Tich phan 1 bang a
3
A. 32, B. 35. C. -16. D. 34.
Loi gidi
Chon D

Ta c6 jf(x)dx:if(x)dx+}f(x)dx:9+25=34.

Céau 19: Trong khong gian Oxyz, cho hai diém A(0;—4;1) va B(2;2;7). Trung diém cta doan thing

AB 1a diém
A. O(,-1;4). B. M (2;-2:8). C. P(1;3;3). D. N(2:6;6).
Loi giai
Chon A

Cau 20: Dién tich phan hinh phang gach chéo trong hinh v& bén dugc tinh theo cong thirc nao dudi day?

A""“ . |||"||||I| ;
y=-2+3

Y
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A. j.(—2x+2)dx. B. j‘(2x—2)dx.

C. j(zxz—zx—4)dx. D. j(—2x2+2x+4)dx.
e} -1
Loi giai
Chon D
x=-1

Phuong trinh hoanh d6 giao diém: x* —2x—1=—-x’+3 < 2x> -2x-4=0< { 5
X =

2 2
Dién tich hinh phang can tim 1a § = J- [(—x2 + 3) - (x2 -2x— 1)} dx = I (—2x2 +2x+ 4)dx .
-1 -1
Céu 21: Diéntich S ctia hinh phang gi6i han bai do thi ham sé y = 3x* +1, truc hoanh va hai duong thang
x=0,x=21a

A. §=11. B. §=12. C. §=10. D. §=9.
Loi giai
Chon C
I (.3 2 _ _
Tacod S—J-O (3x +1)dx—(x +x)|0 =8+2=10.
Céu 22: Trong khong gian Oxyz, cho mit phing (0:) :2x—5y+3z-6=0. Giao diém cua mit phang
(@) vatruc Ox la diém
A. M (3;0;0). B. N(2;0;0). C. P(-6;0;0). D. 0(6;0;0).
Loi giai
Chon A
Goi M (m;O;O) 1a giao diém ciia mat phang (a) va truc Ox , thay vao phuong trinh (a) ta dugc m =3
. Vay M (3;0;0).
Cau 23: Tich phan Ioﬂ sin xdx bang
A. 0,0861. B. 0.

0
N
)
5

Loi giai
Chon C

Ta c6 stinxdx = —cosx|gr =—(-1-1)=2

Céu 24: Trong khong gian Oxyz, cho dudng thing d di qua hai diem 4(1;-3;0), B(2;1;4) Mot vecto
chi phuong ciia duong thang d 1a

A.u =(-1;~4-4). B.u, =G;—1;2] . Couy=(3%-2;4).  D.u,=(2-30).
Loi giai
Chon A
Pudng thing d di qua hai diém 4 (1;-3;0),B(2;1;4) nhén vécto BA= (-1;—4;—4) lam mot vécto chi
phuong.
Céu 25: Khing dinh nao sau day ding?
A.j .12 dx=—tanx+C. B.I 12 dx=—tanx+C.
sin” x cos” x
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C. [—

Chon D
Dua vao bang nguyén ham co ban

Céu 26: Cho hai ham sé f(x), g(x) lién tuc trén R . Ménh dé nao sau ddy sai?

dx=cotx+C. Q.I —drx=tanx+C.
sin’ x cos” x

Loi gidi

A. [4f(0)dx =4 f(x)dx. B. [[/(x)-g(0)]dx = [ f(x)dx— [ g(x)dx .
C [[f(x).g()]dr = [ f(x)dx.[ g(x)dx D. [[f(0)+g(0)]dx = [ f(x)dx+ [ g(x)dx
Loi giai
Chon C
Theo tinh chit nguyén ham J.[f(x).g(x)]dx = jf )dx. J.g )dx 1a sai.
If(x)dx:6 .[g(x)dx:—ll '[(f(x)—g(x))dx ‘
Cau 27: Cho © , 0 . Tich phan © bang
A.S. B.17. C. -5. D. -17.
Loi gii
Chon B

Ta co 1Jg[f(x)—g(x)]dx:ljgf(x)d.x—lfg(x)dx:6+11:17.

Céu 28: Trong khong gian Oxyz , cho hai diém 4(-1;1;2) va B(2;2;1). Khang dinh ndo sau day dung?
A. 4B =(LL;-1). B. 4B =(1;3;3). C. AB=(-3;-1;1). D. AB=(3L-1).

Loi gidi
Chon D

Taco AB=(2+1;2-11-2)=(3;1;-1).
Céu 29: Khang dinh nao sau ddy dang?

A. J.sin2xdx =2cos2x+C. B. Isin2xdx =-2cos2x+C.
. 1 . 1
C. J.sm2xdx=50052x+C. D. '[s1n2xdx=—5c052x+C.
Loi giai
Chon D

Ta cod .[siandx = ljsin2xd(2x) = —lcos 2x+C.
2 2

Cau 30: Cho ham sd y = f(x) lién tuc trén [a;b]. Thé tich vat thé tron xoay sinh ra khi cho hinh phéng
gi61 han boi cac duong y = f(x),y=0,x=a,x =b quay quanh truc hoanh la

A.V:;rzj.fz(x)dx. B.V:ﬂzjf(x)dx. C.V= ;zjf )dx. D.V= ;zjf

Chon C

b
Ta c6 V=ﬂ'[f2(x)dx

Céu 31: Trong khong gian Oxyz, cho mit cdu () c6 tim /(0;3;-3)va ban kinh R =5. Phuong trinh
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cua () Ia

Ao +(y+3) +(2-3) =5. B. x” +(y+3) +(z-3)" =25.

C. x2+(y—3)2+(z+3)2:25. D. x2+(y—3)2+(z+3)2:5.
Loi giai

Chon C
Mit cau (S) ¢6 tam 7(0;3;-3)va bankinh R =5 c6 phuong trinh 1a: x +(y—3)2 +(z+3)2 =25.

Cau 32: Ho tat ca cac nguyén ham ctia ham s f(x) = —(x # 0) la
X

A. In|x|+C. B. Inx+C. C. -——+C. D

Chon A
, 1
Ta co: j—dx = 1n|x|+C.
X
Céu 33: Trong khong gian Oxyz, cho diém A(l;3;1) va mit phing (a) x4+ y+2z-2022=0. Duong

thang d diqua 4 va vudng goc véi (). Duong thing d c6 phuong trinh 1a

x—lzy—3:z—l B x—lzy—lzz—Z
-1 1 2 1 3 1
x+1 y+3 z+1
12

C.

.D.E2=2-Z
1 1 2
Loi giai

Chon A
Puong thiang d vudng goc véi (a) nén nhéan %(1;1;2) lam VTCP nén duong thang d c6 phuong
-1 y-3 z-1

1 2
Cau 34: Chohamsb y = f(x) lién tyc trén R va c6 dd thi nhu hinh vé& dudi day.

Y
y=I(: I)/
/—3 10 4 x

Dién tich S ciia phan hinh phang gach chéo trong hinh dugc tinh theo cong thirc nao?

A. S= f f(x)dx—j. f(x)dx . B.S= f £(x)dx + i f(x)dx.

. X
trinh chinh tac la:

C.S= i F(x)dx. D. S= T f(x)dx—jf f(x)dx.

Loi giai
Chon D
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Taco: S = [|f (x)|dr= [| £ (x)de+ [|£ (x)ldx = [ £G)de—[ fx)dx.

Céu 35: Khing dinh nao sau day ding?
A. Jcosxdx:—sinx+C. B. jcosxdx:sinx+C.

C. Icosxdx:sinx . D. J.cosxdx:—sinx .
Loi giai
Chon B
J.cosxdx=sinx+C

2
Cau 36: Cho .[(2x+ l)e"dx =a.e’ +be,voi a, b 1a cac s hitu ti. Gia tri cua biéu thuc a+b b.':fmg

1

A.8. B. 3. C.2. D. 4.
Loi giai
Chon C
f 2 ’ 2 a=3
j(2x+1)ede=j[(zx—1)+(2x—1) }e’“dx=(2x—l)e"l =3¢’ —e:{b_ -
1

1
Céu 37: Trong khong gian Oxyz cho ba diém M (2;3;-1), N(-LL1) va P(L,m+1;2). Biét tam giac
MNP vuéng tai N . Khang dinh ndo sau diy dang?
A.-m=-2. B.m=2. C.m=4. D. m=—4.
Loi giai
Chon A
Ta co: W:(—&—Z;Z) va ﬁ\/:(—2;—m;—1).
Do tam giac MNP vudng tai N nén MNPN=0<6+2m-2=0m=-2.
Chu38: Trong khong gian Oxyz, cho mit phang (Q):2x-y+3z-2021=0 va duong thing
x=2-t
d:qy=-1-2t.Goi (P) lamat phang chtra d va vudng goc voi (Q) . Phuong trinh ctia mét phang
z=4+5t
(P) la
A. x-13y-5z+5=0. B. x+5y+z-13=0.
C.2x—y+3z-17=0. D. -=x-2y+5z-20=0.
Loi giai
Chon A
Ta ¢6: ny,, =(2;-1;3) vau, =(-1;-2;5),lay M (2;-L,4)ed = M <(P).

. (P)L(Q)| _"ntre|  — e —
TaCOI( )4 )}: ’ ° :n(p)=[n( ;ud}z(l;—13;—5).

dC(P) %J_Z 9)

= (P):x-13y-5z+5=0.
Ciu39: Cho ham s6 y=f(x) c6 dao ham trén R. D6 thi ham s6 y= f'(x) nhu hinh v&. Dt
h(x)=2f(x)-x". Ménh d¢ nao dudi ddy dung?
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Y

Chon B
Ta co h'(x):2f'(x)—2x,y'=0<:>f'(x):x(l).

Nghiém ctia phuong trinh 14 hoanh d6 giao diém ctia do thi hamsé y = f '(x) va duong thing y=x.

Ya
=
]
|
I
I
|
I
I
-
4 z
et T
x=-2
Duya vao db thi trén: f '(x)=x<|x=2 ,tacobing bién thién
x=4
X —0 -2 2 4 +a0

h' 0 - 0 +

_ 0 T
n2)
' \ h(-2) / \;;(4) /

Mat khac dua vao dd thi trén ta co [ |i'(x)|dx > _hh '(x)|dx hay
2

-2

J%h'(x)dx>—ih‘(x)dx:h(2)—h(—2)>h(2)—h(4):>h(—2)<h(4).

-2 2
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Ciu 40: Trong khong gian Oxyz, cho ba diém A (2:4;-1), B(322), C(0;3;-2) va mat phing
(B):x—p+2z+1=0.Goi M ladiém tiy y chay trén mdt phang (3). Gi4 tri nho nhat cta biu
thirc 7 = MA+ MB +MC bang

A. 32, B. V13 +14. C. 6v2. D. 342 ++/6.
Loi gidi
Chon D
Tacd AB =(1,-2;3), 4C = (-2;-1;-1) =| 4B, 4C | = (5-5;-5) = 5(1;~1;~1), suy ra

(ABC):x—y—Z+1:O.

x=—14+¢

. ) x—y—z+1=0
Tathdy (ABC) L td =(AB : ‘
athdy (4BC) L (p),xétd =(ABC)(p)=d {x—y+22+1=0:>d

N <
Il

t
0
Goi H 14 hinh chiéu vudng goéc cia M trén (ABC),khid6 H ed = H(—1+1;;0).
T=MA+MB+MC=HA+HB+ HC.
T >~267 141 +26 +~/2% —12¢ + 24 +~/26> —8t + 14

_ J(@%} {\Ej (V2 V21) +(V6) +y2(i-3) +6.

Z\/[zfij2+(§+ 6]2 +6 =32 ++/6

V2
Vay gié tri nho nhét ctia biéu thie 1a 32 ++/6 khi =3 = M (2;3; 0) .
Céau 41: Trong khong gian Oxyz , cho mit phing (@):x+y—2z+2=0 vahai diem 4(2;0;1), B(1;1;2)
. Goi d la dudng thing ndm trong (cr) va cdt duong thing 4B, thoa min goc giira hai duong
thing AB va d bang goc gitta duong thing 4B va mit phing («). Khoang céach tir diém 4
dén duong thang d bang

A. 2. g.ﬁ. C. 3. D.ﬁ.
3 2
Loi gisi
Chon B
x=2—t
Tacod ATE=(—1;1;1):>AB: y=t .Goi M =dnAB= M (2-t;t;1+t),
z=1+1

do dc(a):>Me(a):Z—t+t—2(1+t)+2:0<:>t:1:>M(1;l;2).

Goi vecto chi phuong cua d:;t:(a,b,c),ta codc(a)=a+b-2c=0=>b=2c-a.

s1n AB () [1+1-2] :cos(AB,(a))zﬁ.
«/1+1+ \/1+1+ 3\/7 3
| a+b+c| \/ﬁ |3c 2a| J14

Ta c6 cos(d; AB) = = -

BAld® +b* +¢ 3\f \/_\/ (2c—a)’ +¢ W2
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<::>6(3c—2a)2 :14(412 +(20—a)2 +cz)c:>(a+2c)2 =0 a=-2c.

[
Chon c=—-1=a=2=b=—4suyrad: 1yl z 2:>d(A;d): — —ﬁ.
4 ‘. 3
Cich 2: Ta c6 Ez(—l'l'l) goi ¢ =(4B,(a)).
[-1+1-2| 2
sm AB .
\/1+1+ \/1+1+ 3‘/5
. L . 2 6
Goi I =ABn(a)=I(1;1;2)ed . Khi do d(A,d):AH:AM.s1n¢:\/l+l+l.m:T.
Chu 42: Ho tit cd cc nguyén ham ctia ham s6 f (x)=2xInx 1a
X’ X X
A. x2lnx+7+C. B. lenx—7+1. C. lenx—7+C. D. xX’lnx-x+C.

Loi giai
Chon C

Xét lzjlenxdx:

{uzlnx du:ldx
x .

=
dv =2xdx )
V=X

2

I=x° lnx—jxdx=x2 lnx—x—+C.
2

1
Cau 43: Cho J ( 4 + 3 jdx =4 v6&i hang s6 m > 6. Khang dinh nao sau day ding?
V8x+17  6x+m

A.12<m<20. B.9<m<12. C.m>20. D. 6<m<9.
Loi giai

-1

Chon B

1 1
Ta c6 j( 4 3 de=(4%.2\/8x+17 +3%.2\/6x+mJ
_ -1

. J8x+17 éx+m

1
=(J8x+17 +x/6x+m) =(5+x/6+m)—(3+x/m—6) —246+m—Jm—6.
-1
! 4 3 m=6
Do d6 + dx=4<2+V6+m—-Vm—-6=4 <
_II(JSxm J6x+m] J6wm=24m=6

m=6 m=6 m>6 m>6
©{6+m:4+4m+m—6 Q{\/m——6:2 Q{m—6:4 Q{mzlo = m=10.
Vay m=10.

Cau 44: Mot 6 t0 dang chay véi van toc 12 m/s thi nguoi 1ai dap phanh; tir thoi diém do, 6 t6 chuyén
dong cham dan déu vé6i van toc v(1)=—4r+12 (m/s), trong d6 ¢ 1a khoang thoi gian tinh bang
gidy, ké tir luc bat ddu dap phanh. Hoi tir lac dap phanh dén khi dirng han, 6 t6 con di chuyén bao
nhiéu mét?
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A. 20 m. B. 10m. C. 16m. D. 18m.
Loi giai
Chon D
Thoi gian 6 t6 chuyén dong tr lic dap phanh dén khi dimg han Ia
v(t)=0 -4t+12=0=1=3.
Quing dudng 6 t6 con di chuyén tr lac dap phanh dén khi ding han 1a
3

s =jv(z)dt=j(—4z+12)dt=18 m.

0

Chu 45: Chohamsé y= f(x) c6 dao ham trén R va thdaman f'(x).f(x)=x,VxeR.Biét f(0)=1,
khang dinh nao sau day ding?

A. f7(2)=4. B. 13(2)

5. C. f*(2)=6. D. f?(2)=3.
Loi gidi

Chon B
Tacod f'(x).f(x)=x,VxeR.
Lay nguyén ham hai vé ta dugc
J‘f/(x).f(x)dxzjxdxzIf(x)d(f(x)):%xz+C:>%f2(x):%x2+C
Véi x=0 :%fz(O):%.02+C:C=%. Suy ra %fz(x)=%x2+%<:>f2(x)=x2+l.
Vay f?(2)=5.

Chu 46: Cho (H) 1a hinh phang gi6i han béi do thi ham s6 y =+/x* +1, truc hoanh va céc dudng thang
x=1, x=4.Khi (H) quay quanh truc Ox tao thanh mét khéi tron xoay c6 thé tich bang
A. 247 B. 24. C. 815, D. 8,157

Loi gidi
Chon A

4
V= ﬂj(\/xz +1)2 dx=24r.
1

Ciu 47: Trong khong gian Oxyz, cho mit phang (a) :2x—2y—z+1=0 va hai duong thing
x=-2+t x=2t
d:iy=2+t ,d,:1y=3+¢".Goi A 1a dudng thing ndm trong mit phang () va cit ca hai
z=—t z=1

duong thang d, , d,. Pudng thang A c6 phuong trinh 1a

x=6 y-6 z-1 B x=5 y-9 z+7

-1 3 8 1 3 8
C. x—6:y—6:z—1. D. x—5:y—9:z+7'
5 9 -7 6 6 1
Loi giai
Chon A

+) Goi A 1a giao diém cta d, va (),

A(2+62+6-t)ed, ma Ae(a) e 2(2+1)-2(2+1)+1+1=01=T= A(59-7).
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+) Goi B 1a giao diém cua d, va (@),
B(2r33+151)ed, ma Be(a) o 2(2)-2(3+1)~1+1=0c 1 =3 = B(6;61)
+)Véc to chi phuong ctia A 1a u, (1;,-3;8).

x—6 y—-6 z-1
-3 8
Cau 48: Xét vat thé (T ) nam giita hai mat phang x =—1 va x =1. Biét rang thiét dién cua vat thé cat boi

Phuong trinh A la

mat phéng vuong goc véi truc Ox tai diém c6 hoanh do x (—l <x< 1) l1a mot hinh vudng c6 canh

bang 2v/1—x’ . Theé tich vét thé (T) bang
AL
3

B3 C.x. p. 17
3 3
Loi giai
Chon A

1 2
V:j(z 1—x2) dxz?
-1

x=2 y-m _ z-3

Cau49: Trong khong gian Oxyz, cho hai dudong thingd, : " n 7

x—1 -2 z+1 3 : C o, N 2
=2 ,6d6 m#—— la tham s6. V6i gid tri nao cua m thi duong thang d,

d,: =
3 -2 2m+3
vudng goc voi duong thang d,?
A.m:—l. B.m:l. Q.mz—E. D.mz—l—s.
2 2 4 4
Loi giai
Chon C
d, ¢6 véc to chi phuong u, = (,—1;2); d,c6 véc to chi phuong U, = (3;-2;2m+3).

d Lld, :>;71.;72=0@1.3+(—1)(—2)+2(2m+3)=o@4m=—11©m=_7“.

CAu 50: Cho ham sb f(x) c6 dao ham trén moi khoang (—oo;—%j, (—%;+OO) d@)ng thoi thoa man

' _ 1 _l A _ _ [ . 5 : R ’
f(x)—zijl (Vx;t 2], va  f(-1)+2/(0)=2In674. Gia tri cua biéu thic
S=f(-2)+f(1)+ f(4) bing
A. 2In3-1In674. B. In2022. C. 2In2022. D. 3In3.

Loi gisi
Chon C
) %ln(2x+l)+C1,khix>_7l
S =g =)=

%ln(—2x—1)+C2, khi x <_71

£(0)=C; f(-1)=C, =21 (0)+ f(-1)=2C, +C, = 2C, + C, =2In 674
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1 1 1
J’(—Z):Eln3+C2,J’(1)=51n3+C1;f(4):51n9+C1
:>S=f(—2)+f(1)+f(4)=%ln3+%ln3+%ln7+2c1 +C,

=%1n3+%1n3+%1n9+21n674=21n3+21n674=21n2002.
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PE ON TAP KIEM TRA GIUA HQC KY II
MON: TOAN 12 - PE SO: 02

Cau l: Trong khong gian voi hé truc toa do0 Oxyz, cho diém A(1;3;4) va mat phéng
(P):2x—2y+z—8:0. Khoéang cach tir 4 dén (P ( ) bang
A. Z B. 0. C. 2 D. §
3 3 3
CAu2: Tim diéu kién xac dinh cia ham s f(x) = log, [1og3(2—x2)].
3
A. —l<x<l1. B. 2<x<y2. C.—2<x<y2. D.-l<x<l.
Cau3: Tichphan [ = jxln xdx bang
1
2 2 2
Ar=471 B. 142 c.r=4* D I=1
4 2 4 2
Caud: Chohamsé f(x)= ¢*.2021" . Chon khéng dinh dung trong cac khing dinh sau.
A. f(x)>1< x+2xIn2021>0. B. f(x)>1<x*In2021>0.
C. f(x)>1ex+xIn2021>0. D. f(x)>1<1+x*In2021>0.
"~ ~ . N 2 )C—l y Z+1 <R N . ~ ~
Cau 5: Trong khong gian Oxyz, cho duong thang d :T = T = 7 biém nao dudi day khong
thudc duong thiang d ?
A. P(-1;1;2). B. M (3;-1;-3). C. N(1,0;—1). D. 0(-3;23).
Céiu 6: Hiy chon ménh dé dﬁng trong cic ménh dé sau.
f(x f(x
A. I :[[g B. If(x).g(x)dx:If(x)dx.jg(x)dx
C. [x*dr=2 D. "dx——+C O<a=#l
-[ a+l I Ina ( . )
Cau7: Trong khong gian véi h¢ truc toa d§ Oxyz, viét phuong trinh mat cau tAm A(2;—3;0) va di qua
diem B(1;-4;3).
A (x=2) +(y+3) +22=16. B. (x=2) +(y+3) +22=50.
C. (x=2) +(y+3) +22 =13, D. (x=2) +(y+3) +2* =11.
Cau 8: F(x) = xsinx + cosx + 2021 1a mdt nguyén ham ctia ham sd nao trong cac ham s sau?
A. f(x)=xsinx. B. f(x)=-xcosx. C. f(x)=-xsinx. D. f(x)=xcosx.
Cau 9: Trong khong gian véi hé truc toa 40 Oxyz , cho mit phing (P) c6 phuong trinh 3y—z+1=0.
Vecto nao duéi ddy 1a mot vecto phap tuyén cia (P)?
Ao =(1;3;-1). B.m=(3;-1;1).  C.m=(0;3;-1).  D.n,=(0;3;1).
Cau 10: Tap nghiém cua bit phuong trinh logz_ﬁ (2x —3) >0 la.
A. ﬂﬁw . B. [2;+oo). C. —oo;ﬁ . D. 3;2 .
2 2 2
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Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

Tim tip nghiém ciia bat phuong trinh (%j >5.

A. (1;+oo). B. (—oo;—l). C. (0;+oo). D. .
Trong khong gian Oxyz, cho hai diém A(2;-3;0), B(-2;1;—6). Tim toa d¢ trung diém M

cua doan AB.

A. M(0;-1;-3). B. M(0;-2;-6).  C. M (4;4;-6). D. M(2;2;-3).
Trong khong gian Oxyz, hinh chiéu vudng géc cua diém M (2;-3;1) trén mit phang (Oyz) la.
A. H(2;-3;0). B. K(0;-3;1). C. 1(2;0;1). D. J(0;3;1).

Ho nguyén ham ciia ham s6 f(x)=x"+2 la.

A. %x3+2x2+C. B. ¥’ +2x+C. C. %x3+2x+C. D. §x3+x2+C.

Tap nghiém cua bt phuong trinh 3**? < 3> 1a.

A. (0;2). B. R. C. (—2;?). D. (—0;2).

Cho hai ham s6 f(x)=a" va g(x)=log,x. V6i 0<a<l, chon khing dinh ding trong cic
khang dinh sau.

A. f(x) ddng bién va g(x)nghich bién trén tap xac dinh.

B. f(x) va g(x) nghich bién trén tap xé4c dinh.

C. f (x) va g(x) d6ng bién trén tap xac dinh.

D. f (x) nghich bién va g(x) ddng bién trén tap xac dinh.

2
Cho ham s6 f(x)=x". Gid tri ctia [ f'(x)dx béng
1
7
A.S. B. 3. C- 3 D. -3.

Cho jf(x)dx=1;if(x)dx=—4. Tinh ]=if(x)dx.

A. [=-3. B. [=5. C.1=-5. D. [=3.

Dién tich S ciia hinh phang gi6i han bdi d6 thi ham sé y = X, truc hoanh Ox , cac duong thang

x=1,x=2 la.

A s=5. B.S=_.
3 3

Trong khong gian Oxyz, cho diém E (—2;1;—3). Goi M, N, P lan luot cac hinh chiéu vudng

C. §=8. D.S=7.

gbc clia diém £ trén céc truc Ox,Oy, Oz . Phuong trinh mit phang (MNP) la.

A+ dy o B. 2+ X421 c.i+liZon D. Z+24+Z 0.
-2 1 3 2 -1 3 21 3 -2 1 3

Cho ham s6 £ (x) thoa man [ (x+1) f"(x)dx =10 va 2/ (1)- £(0) =2. Tinh [ £(x)d.

A I=1. B. I=-12. C. I=8. D. 7 =-8.
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Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

Cho ham s6 y = f(x) c6 dd thi ham s nhu hinh v& bén. Dién tich S cua hinh phing phan t6

dam trong hinh vé dugc tinh theo cong thurc nao sau day?

A. S:jf(x)dx+.3[f(x)dx.

Ve

B.S:ff(x)dx+j.f(x)dx. ‘
: ° W7

C. S:_jf(x)dx. =

o
&
8y

0

D. S::[f(x)dx+j.f(x)dx.

Trong khong gian, cho diém A(l; 2; 3) va mit phiang (P) :x—z+2=0.Puong thiang di qua 4

va vudng goc véi mat phang (P) c6 phuong trinh 1a.

x=1-t¢ x=1-t¢ x=1+¢ x=1+¢
A.3y=2 . B. {y=2+¢1. C.qy=2 . D.<y=2-¢.
z=3—t¢ z=3 z=3—¢ z=3

Tap nghiém cua bt phuong trinh log 1 (4x2 + 1) <log 1 (4x) la.

2 2

A D. B. R\{%}. C. R\{0}. D. (0;+oo)\{%}.
Tim nguyén ham ctia ham s f(x)= ! .
xInx+x
A. F(x):ln|x+l|+C. B. F(x):1n|lnx—l|+C.
C. F(x)=In|lnx+1|+C. D. F(x)=Inx+1+C.

Trong khong gian Oxyz, cho hai mit phang (P):x—2y+2z-1=0 va (Q):2x+2y-z-3=0.
Goi « 1a goc giita hai mat phang (P) va (Q) Tinh cose .

A -2 B2 c.z. p. -2,
3 9 3 9

Bét phuong trinh 20.16" —41.20" +20.25° > 0 c6 tap nghiém la.

A. S:(—oo;—l)u(l;+oo). B. S:(—oo;—l).

C. S=(-L1). D. §=(-0;-1)U(2;+).

Trong khong gian Oxyz, cho cac diém A(0;2;0),B(2;0;0),C(O;O;—l) . Goi (S) 12 mat cau di
qua bén diém 4,B,C va O. Tinh ban kinh R cta mit cau ().

A.RZ%. B. R=3. C. R=1. D. R=2.
Ho nguyén ham ctia ham s6 f (x)=cos’ x 1a.
A. J'f(x)dx=§+coszx+C. B. If(x)dx:§+81n2x+C.
X cos2x X sin2x
C. jf(x)dx=§— +C. D. If(x)dx=5— . +C.
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Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

2018

1
Tinh tich phén I:I(x+1) dx.
0
2018 2019
Ag=2 1 B. =0, C. [=2"%, p./=2 1
2018 2019

Trong khong gian Oxyz , mét phang (P) di qua diém M (-2;1;-1) vanhén n =(-3;2;1) 1a vecto

phap tuyén c6 phuong trinh 1a.
A.3x-2y—z+7=0. B. 2x+y—-z+7=0.
C.3x—-2y—-z-7=0. D. 2x+y—-z-7=0.

Cho j.f(t)dt:Z va jg(x)dx:—l. Tinh [ = i[x+2f(x)—3g(x)]dx.

A.I:H. B.Izz. C.Izé. D.Izﬂ.
2 2 2 2

A , \ 2 e, ae . RV} 1+Inx . .

Dién tich hinh phang gigi han boi ciac duong y=——, =0, x=1 va x=e¢ la
X
S=a2+b,v6i a,beQ.Khido gia tri cua a’ + b 1a.
A.E. B.ﬂ. C.2. D.E.
9 3 3

Trong khong gian Oxyz cho vecto u = (4:3;2), v= (-2;-5-4) va w= (8;6;4) . Ménh dé nao
dudi day ding?
A. v va w cung phuong. B. u va v ngugc huéng.
C. u va v cung huéng. D. u va w cung phuong.

Trong khong gian Oxyz, ban kinh mit cau (5): X+ +2°=2x+2y-4z-2=0 bing.

A. 242, B. V2. C.V22. D. 4.
Tép nghiém cua bit phuong trinh log% x+log, x-2>0 la.
A. S =(2;+). B. S:(O;i}u(z;ﬁ-oo). C. §=(L;+x). D. S:(—oo;%ju(Z;-l—oo).
Tinh dién tich cua hinh phing (/) gi¢i han boi cdc dudong cong y = " +12x va y=—x".
A s=D2 B.§=2", c.5s=20. D. 5=
4 4 12 12
1
Tich phan dx c6 két qua 1a.
P -!:xz +4x+3 a
A. llni. B. llné. C. —llné. D. lné.
3 2 2 2 2 2 2

C6 bao nhiéu gia tri nguyén cia m dé bat phuong trinh log; x +mlog, x > m nghiém dung voi
moi gié tri cua x € (0;+00).

A. 5. B. 6. C. 4. D. 7.

Mot 6 t6 dang chay thi nguoi lai dap phanh. Tur thoi diém do, 6 t6 chuyén dong chdm dan déu
voi van toc v(t) =—12¢+24 (m/s) trong do ¢ 1a khoang thoi gian tinh bang giay, ké tir luc bat
dau dap phanh. Hoi tir luc dap phanh dén khi dimg han, 6 t6 di chuyén bao nhiéu mét?

A. 18m. B. 15m. C. 24m. D. 20m .
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Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

2x

Tinh nguyén ham ctia ham s6 £ (x)= 5
A.F(x)ze“—4ln(e’“+2)+C. B. F(x)=In(e"+2)+C.
C. F(x):ex—Zln(ex+2)+C. D. F(x)zex+2ln(e"+2)+C.

Cho hai diém 4(2;-1;0), B(3;—2;2) va mit phing (P):x—3y+2z-1=0. Goi (Q) la mit
phang di qua 4, B va vudng géc v6i mit phang (P). Tim toa do giao diém k cia mat phing
(Q) véi tryc hoanh.
A. K(-3;0;0). B. K(2;0;0).

C. K(1;0;0). D. K(—4;0;0).

Trong khong gian (Oxyz), cho hai diém A(2;2;-1), B(1;—4;3). Dudng thing 4B cdt mit

phang (Ozx) tai diém M . Tim ti s6 MA
MB

A.l. B.l. C.2. D. 3.
3 2
Tap nghiém cua bat phuong trinh 3* < 4 —% la.
A. (031). B. [1;+). C. (—0;0]. D. [0;1].

2

f(Nx+1)dx=8. Tinh 1= [x.f (x)dx.

1

Cho ham s f(x) lién tyuc trén [—1;+oo) va

O ey

1=-1.
4

A I=—. B. I=-4. C.1=4. D.

N

Tim s6 nghiém nguyén cia bat phuong trinh 25.2* +5* > 25+10".
A. 2. B. 1. C. 3. D. 0.
Trong khong gian Oxyz, cho mit cau (S):x2 +y’+z2°—6x-4y-2z-11=0 va diém
M (0;—2;1). Goi d,, d,, d, 1a ba duong thang thay d6i khong dong phang cung di qua diém
M va lan luot cdt mit cau (S) tai diém thir hai la 4, B, C. Thé tich cta ti dién MABC dat
gia tri 16n nhat bang
LYY 5. 1000y3 . 10043 D, 30033

9 27 9 27
Cho ham s6 f'(x) c6 dd thi y=f'(x) cit truc Ox tai ba diém c6 hoanh 46 a <b <c nhu hinh

v&. Ménh dé nao dudi day la ding?

\ y
A. f(a)> f(B)> f(c). \\ )
B. f(c)> f(a)> £ (). \
C. f(c)>f(b)> f(a). \” I .
D. £(b)> f(a)> f(c). ) L f-\\ -
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Cau 49:

Cau 50:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

Xéthamsd f(x) lién tuc trén doan [0;1] va thoa méan diéu kién
1

4xf (x*)+3/ (1-x) =1-x*,Vxe[0;1]. Tich phan 7 = [  (x)dx béng
0

T T T

A 1=CL B. /==L, C.Izg. p.1=".

20 6
Tim sb nghiém nguyén cua bat phuong trinh
2021274 _ 20215 —(x~1)(8~x) <0.
A. 7. B. 5. C.6. D. 8.

16

Swu tam va bién soan
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Cau 1:

Cau 2:

Ham s6 xac dinh khi: {

Cau 3:

Cau 4:

Cau 5:

piém P(-1;1;2) khong thudc duong thing d vi

Cau 6:

DE ON TAP KIEM TRA GIUA HOC KY Il — TOAN 12
HUONG DAN GIAI CHI TIET

Trong khong gian vd6i hé truc toa d6 Oxyz, cho diém A(1;3;4) va mat phfmg
(P) :2x—2y+2z-8=0.Khoang cich tir 4 dén (P) bang.

A.Z. B. 0. C.E. D.
3 3 -

Loi gidi
_[21-23+4-8 8
24 (2) 412 3

Taco d(A4,(P))

Tim diéu kién xac dinh ctia ham s6 f(x) = log, [log3 (2 —-x’ )] .
3

A —l<x<l. B. 2<x<V2. €. —2<x<2. D -1<x<l.
Loi gidi
2-x>0 ‘{V§<X<J§C“T45<x<J§

X = & -l<x<l.
log,(2-x°)>0 ~ |2-x*>1 ~l<x<1

Tich phan I = len xdx bang.

1

2_ 2_
A =21 B. =92 C. D=L
4 2

2
Loi giai
u=Inx du:ﬂ
bat B = *
{dv:xdx x*
v="—
2
I:lenxe_jidx:é_x_ze:i_ez—l:e2+1
2 | 120 2 4 2 4 4
Cho ham s6 f(x)=e¢".202 1*". Chon khing dinh dung trong céc khing dinh sau.
A. f(x)>1e x+2x1n2021>0, B. f(x)>1<x* In2021>0.
C ()51 o010, b. f(x)>16 1+ X 202150,
Loi giai

Taco f(x)>16 2021 > 1 In(€20217 ) > Inl & x+’ In 20210,

, , x-1 vy z+1 ,
Trong khong gian Oxyz, cho duong thang d :T = —1 = —2 biém nao dudi day khong

thudc duong thang o ?

A P(-L12). B.M(3%-1-3).  C. NL0-1).  D.0(-323).

Loi giai
-1-1_ 1 2+l

-1 2

Hay chon ménh d¢ diing trong cic ménh dé sau.
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Cau 7:

Caiu 8:

Cau 9:

Cau 10:

Cau 11:

DE ON TAP KIEM TRA GIUA HOC KY Il — TOAN 12

Al jf(x)dxszgx;dx. B. [ £(x).g(x)dr = [ £(x)dx[g(x)dr.

a+l -

Loi giai

(o a
Ménh dé [a'dr =

+C (0<a#1) 1a ménh d& dung.
Ina

Trong khéng gian voi hé truc toa d Oxyz , viét phuong trinh mit cau tam 4(2;-3;0) va di qua
diém B(1;—4;3).
A (x=2) +(y+3) +22=16. B. (x—2) +(y+3)" +2*=50.
C. (x=2) +(y+3) +22=13. Q._
Loi gidi

Mit chu c6 ban kinh R = 4B = [(1-2) +(~4+3)’ +(3-0)" =+I1.

Phuong trinh mat cau 1a: (x—2)2 +(y+ 3)2 +z° =11.

F (x) = xsinx +cosx +2021 1a mot nguyén ham ctia ham sb nio trong cac ham s6 sau?

A. f(x)=xsinx. B. f(x)=-xcosx. C. f(x)=-xsinx. Q.-

Loi giai
Ta co: _[f(x)dx = F(x)= f(x)=F'(x)=(xsinx+cosx + 2021)’
= f(x)=sinx+xcosx —sinx = xcosx.
Trong khong gian véi hé truc toa d9 Oxyz , cho mat phang (P ) c6 phuong trinh 3y —z+1=0
. Vecto nao dudi day 1a mot vecto phéap tuyén cua (P ) ?
Ao =(1;3;-1). B.m=(3-11).  CM=(03] p.n=(0:3:1).
Loi giai
Ttr phuong trinh mit phiang (P ) 1a 3y —z+1=0, ta c6 dugec mdt vecto phap tuyén clia (P ) la
ny=(0:3:-1).
Tap nghiém cua bat phuong trinh log 5 (2x - 3) >0 la.

A. {5_2\/5;%0} B. [2;+). C. [—w;#]. Q..

Loi giai

Do 0<2- \/g <1, bat phuong trinh di cho tuong duong véi

0<2x—3£(2—\/§)0<:>O<2x—3§1<:>%<x§2.

Tim tap nghiém cta bat phuong trinh (%) >5.
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DE ON TAP KIEM TRA GIUA HOC KY Il — TOAN 12

A. (L+0). 3.- C. (0;+0). D. J.

Loi gidi
Ta co: (é) >S5 " >5e—x>laex<-1.

Vay tap nghiém cuia bat phuong trinh d cho 1a (—00; —l) )
Ciu 12: Trong khong gian Oxyz, cho hai diém A(Z;—3;O), B(—2;1;—6). Tim toa d6 trung diém M

cua doan AB .
A BOEESE)  BoM(0-2-6).  CoM(4545-6).  D.M(2:2;-3).
Loi giai
xM:2+(—2)
2 x, =0
A -3 , \ (—3)+1
Toa d6 trung diém M cta doan AB 1a yM=T<:> =1
06w T 3
o2

Vay toa d6 trung diém M cua doan AB 1a M(O;—l;—3) .
Cau 13: Trong khong gian Oxyz , hinh chiéu vudng goc cua diém M (2 ;—3 ;1) trén mit phang (Oyz) la.
A. H(2;-3:0). B KOS5 cor(z0). D. J(0:3:1).
Loi giai
Khi chiéu vudng goc diém M 1én mit phang (Oyz ) ta co hoanh d6 bang 0, tung do va cao do giir

nguyén. Suy ra hinh chiéu vudng goc cua diém M (2 ;= 3;1) trén mit phang (Oyz) la

K(0;-3;1).
Cau 14: Ho nguyén ham ctia ham s6 f(x):x2+2 la.
A. %x3+2x2+c. B. X’ +2x+C.

Loi giai
Ta co I(xz +2)dx=%x3 +2x+C.

Cau 15: Tap nghiém cia bat phuong trinh 3 <3 [a,

A. (0;2). B. k. C. [—2;?). Q.-

Loi giai
Taco: 3% <3" " o 4x+2<12-x = 5x <10 = x < 2.
Vay tap nghiém cua bt phuong trinh da cho 1a (—oo; 2) .
Cau 16: Cho hai ham sé f(x)=a" va g(x)=log, x. Véi 0<a <1, chon khing dinh diing trong cac
khang dinh sau.
A f (X) dong biénva g (X) nghich bién trén tap xac dinh.
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Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

DE ON TAP KIEM TRA GIUA HOC KY Il — TOAN 12

C.f (x) va g (x) ddng bién trén tap xac dinh.
D. f(x) nghich bién va g(x) ddng bién trén tap xac dinh.
Loi gidi
Do ¢o s « thoa mdn 0 < a <1 nén hai ham s6 f(x) =a' va g(x) =log, x déu nghich bién trén

tap xac dinh cua chung.
2
Cho ham s f'(x)=x". Gia trj ciia J.f'(x)dx bang.

1

A.5. g.l C. % D. -3.
Loi giai

Ta ¢6 jf’(x)dx:f(x)Lz —f(2)-f(1)=2>-1>=4-1=3.

[ £(x)de=1;] f(x)dr=—4 I=[f(x)dx

Cho 2 -2 . Tinh 2 .

A.I[=-3. B.1=5. (o | D. 1=3.
Loi gidi

Tacol=[f(x)dr= [ f(x)dx—[ f(x)dr=-4-1=-5.

Dién tich § cua hinh phéng gid1 han boi dd thi ham sb y= X , truc hoanh Ox , céc dudng thfmg

x=1,x=2 la.

A.Szg. 5.. C.S=8. D.S=7.

Loi giai
2

Dién tich hinh phang S = j|x2| dr = j K= (%3]

1

7
3
1

Trong khong gian Oxyz, cho diém E (—2;1;—3). Goi M, N, P lan lugt cac hinh chiéu vuong

goc clia diém & trén cac truc Ox,Oy,Oz . Phuong trinh mit phang (MNP) la.

A. B. Xy Y 21, c. X Y, = . D. 1Y % .
2 -1 3 2 1 3 -2 1 3

Loi giai
M, N, P lan luot 13 hinh chiéu ciia £ trén cac truc Ox, Oy, Oz , do d6
M (-2;0;0),N(0;1;0),P(0;0;-3).

Vay phuong trinh mit phing (MNP) 1a 12 n % + i3 —1.

1 1
Cho ham s6 f (x) thoa man [(x+1)f"(x)dx=10 va 2f(1)= f(0)=2. Tinh | f(x)dx.
0 0
A 7. B. /—_12. C.1=8. D. =58}
Loi giai
Ap dung cong thtrc tich phan timg phan ta c6
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1

j;(x+1)f'(x)dx =(x+1) £ (x)l; _i.f(x)dx

S 10=2f(1)=£(0)—[ £ (x)dx

@jf(x)dxz—&

CAu 22: Cho ham sb y=f (X) ¢4 dd thi ham sd nhu hinh v& bén. Dién tich § cta hinh phfmg ph?m t6 dam

trong hinh v€ duoc tinh theo cong thirc nao sau day?
v

A. S =jf(x)dx+jf(x)dx.

0

C.S=[f(x)dx. D S=if(x)dx+if(x)dx.
Loi gidi

Ta thay S=—if(x)dx+if(x)dx=ff(x)dx+if(x)dx.

Cau 23: Trong khong gian, cho diém A(l; 2; 3) va mit phang (P) :x—z+2=0.Duodng thang di qua 4 va

vudng goc voi mit phang (P ) c6 phuong trinh 1a.

x=1-t¢ x=1-¢ x=1+t
A.3y=2 . B.y=2+¢t. C. Diy=2-¢.

z=3-¢ z=3 z=3

Loi giai
(P):x—z+2:0:>n(P):(1;0;—1)
Goi (d)1a dudng thang di qua 4(1;2;3) d
5 A .

va vuong goc voi mat phang (P) T”P

=ty =y =(150:-1). / \/
x=1+t¢
P H

Phuong trinh tham s6 ctia dudng thang (d ) lajy=2 ,teR
z=3-t

Cau 24: Tap nghiém ctia bat phuong trinh log, (4x2 + 1) <log, (4x) la.

2 2

Page 11
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1
efll xS
Loi giai

Ta c6 log, (4x2 +1) <log, (4x) <

2 2

e(O;+oo)\{%}.

Céu 25: Tim nguyén ham cta ham s6 f(x)=

4x>0

1
4x* +1>4x 4x* —4x+1>0 X#—
= < 2
x>0

x>0

1
xInx+x

A. F(x):ln|x+1|+C.B. F(x):ln|lnx—1|+C.

¢ F(x)=nfne+ 5. b, F(x)=inx+1+C.

Loi giai

Taco If )dx = I = —d(lnx+1 =In|lnx+1/+C.

xlnx+x _I lnx+1 (Inx+1)

Cau 26: Trong khong gian Oxyz , cho hai mit phing (P) x—-2y+2z-1=0 va (Q):2x+2y—z—3:0

. Goi 4 12 goc giita hai mt phing (P) va (Q). Tinh cose -
A -2, g.l c. . D. -2,
3 3 9
Loi gidi
Mit phang (P):x—2y+22—1:0 c6 VIPT la %=(l;—2;2).

Mit phing (Q):2x+2y-z-3=0 c6 VIPT la n, =

0) (2;2;-1).

Goi « 1a goc gitra hai mt phang (P) va (Q).

oy ho| _[2-4-2] 4

(Q) Vo9

Cau 27: Bét phuong trinh 20.16" —41.20" +20.25° > 0 ¢6 tap nghiém la.

A S=(zes=)u(li+e). B. §=(~i-1).
C. S=(-11). D. §=(-0;-1)U(2;+).

Loi giai

Khi d6 cosa = ‘COS(—,yE)‘

(P

X 2x
Taco 20.16" —41.20° +20.25* >0 @20—41.(%) +20.(%j >0 <

Cau 28: Trong khong gian Oxyz, cho cac diém A(O;Z;O),B(Z;O;O),C(O;O;—l). Goi (S) 1a mat cau

di qua bon diém 4, B,C va 0. Tinh ban kinh R ctia mit ciu (S)

A.. B. R=3. C. R=1. D. R=2.

Loi giai
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Gia st (S) 6 dang X4y +2 =2ax-2by-2cz+d =0

Ta co
4(0;2;0)e(S) —4b+d=—4
B(2;0;0)&(S) o | ha+d=—4
C(0;0;-1)e(S)  |2c+d=-1
0(0;0;0)e(s)  4=0

Dodd R=+a*+b*+c* - =%.

Cau 29: Ho nguyén ham ctia ham s6 f (x) =cos’ x 1a.
2x x sin2x
C. de=X_S952% . D. de=2_ +C.
[7 () > 4 J£() 2 4
Loi giai
2x+1 sin2x  x
Ta co )dx = de= [ dx = +—+C.
If Icos b J. 2 >
CAu 30: Tinh tich phan J = j x+1)"" dx.
A 2L B. 1=0. C. 1=2%. g.-
2018
Loi gidi
1 2019 2019
Tacé]:j(x+1)2°18 (x+1) | 2 —1.
) 2019 | 2019

Ciau 31: Trong khong gian Oxyz, mit phang (P) di qua diém M(—Z;l;—l) va nhan n= (—3; 2;1) la
vecto phap tuyén c6 phuong trinh 1a.
A BREBVESITE0] B. 2x+y—z+7-0.
C.3x-2y—z-7=0. D. 2x+y—-z-7=0.

Loi giai
Vi mit phing (P) di qua diém M (—2; 1;—1) vanhan n = (-3;2;1) 1a vecto phap tuyén nén co
phuong trinh 1a =3(x+2)+2(y-1)+(z+1)=0<3x-2y—z+7=0

2

2 2
jf(t)dt:2 Ig(x)dx:—l ]:j[x+2f(x)— g x):ldx
Cau 32: Cho -1 va - . Tinh -1 .
A.- B.7=_. C.r=2, D.1=E.
2 2 2
Loi giai
h X’ ’ h h 17
I:I[x+2f(x)—3g(x)]dx:7 +2_[f(t)dt—3_[g(x):7,

-1 -1 -1 -1

Céu 33: Dién tich hinh phiang giéi han bdi cic duong y= , y=0, x=1 va x—¢ la

V1+Inx
X

S =a2+b,V0l a,be Q. Khido gia trj cua a* +5*1a.
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Cau 35:

Cau 36:

Cau 37:

DE ON TAP KIEM TRA GIUA HQOC KY Il — TOAN 12

A-. B. 4 C. .. D. 2.
3 3
Loi giai
Ta co 1+lnx>0,‘v’xe[l;e].
Dién tich hinh phang 1a
e e 1 e
5= [ e [ (4 =2 {1+ma) | <2022
1 X 1 1

Do do azgybz_é,suyra a’+b’ _20

Trong khong gian Oxyz cho vecto U= (4;3;2) , V= (—2;—5; —4) va w= (8; 6;4) . Ménh dé nao
dudi day dang?
A. v va y cung phuong. B. 4 va v ngugc hudng.

C.u va v cing huéng.  D. VA cling phiong.
Loi giai
Xeét v=(-2;-5;—4) va w=(8,6;4) c6 ‘?2 ‘?5 ” ‘74 nén v va v khong ciing phuong, phuong
an A. sai.
T aANer T A C 432 . -
Xét u = (4, 3,2)Va V= (—2, —5,—4) co ) # = # = nén y va y khong cung phuong, do do «
va v khong nguoc hudng, khdng cung hudng, phuong an B.va C.sai.

Xét u = (4;3;2)Vé W= (8; 6;4) cod gz % :% nén 4 va w cung phuong, phuong an  D. dung.

Trong khong gian Oxyz , ban kinh mit cau (S) L x0+ y2 +2° = 2x+ 2y-4z-2=0 bang.
ARG B. V2. C.22. D. 4.

Loi giai

Ta co mit chu () c6 tam 1(1;-152) = R= I +(~1) +2°+2=22.

Tap nghiém cua bit phuong trinh log% x+logyx-2>0 1a

C. §=(L+0). D. Sz[_oo;%ju(z;ﬂo).
Loi giai
Tur dé bai ta c6
>0 x>0 ; |
<x<—
log%x+log2x—2>0© {log2x<—2<:> x<l<:> * 4-
log, x> 1 ) x>2

Vay bét phuong trinh trén c6 tip nghiém 1a ¢ [0; l) U(2;+0)-
4

Tinh di¢n tich cta hinh phing (H) gi¢i han boi céc duong cong y=—x +12x va y=-x"

A s=123 B.s=37 D. =34
4 4 12

Loi giai
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Phuong trinh hoanh d¢ giao diém ciia hai d6 thi

x=0
X+ 2x=-x*oxX X" -12x=0=|x=-3.
x=4

Dién tich ctia hinh phang (H ) la

S = j‘|x3 —x’ —12x|dx+j‘|x3 —x’ —12x|dx=‘T(x3 —x? —12x)dx +
3 0 3

j()f —x’ - 12x)dx
0

0
= lx4—lx3—6x2 + lx ——x - _160 937
4 3 Sl N4
Céu 38: Tich phan j 1 g cokétquala
X’ +4x+3
A. llni. B. lln3 C. —llni. D. lni.
3 2 2 2 2 2 2
Loi giai
1
p b L 1 +1 1.3
Tac():j - I dx=J ! dx:lj 11 dx =—In X =—In=.
o X +4x+3 L (x+1)(x+3) 29\ x+1 x+3 2 [x+3|| 2 2

Céu 39: Co bao nhiéu gia tri nguyén ctia ,,, dé bat phuong trinh 10g§ x+mlog, x 2 m nghiém dung voi
moi gid tri cia x € (0;+00).
A. 5% B. 6. C. 4. D. 7.
Loi giai
Pat t=10g; x. Voi moi x € (0;+%) taco teR.
Bét phuong trinh 10g§ x+mlog, x>m tré thanh 1> + mt—m=>0.
log: x+mlog, x>m nghi¢m ding v6i moi gia tri cua x € (0;+%0)

oSt +mt-m>0,VteR
< A<0
Sm’+4m<0
—-4<m<0.
Vay me{0;-1;-2;-3;-4} .

Céiu 40: Mot 6 to dang chay thi nguoi 1ai dap phanh. Tir thoi diém do, 6 t6 chuyén dong cham dan déu
Vo1 van toc v(r) = —12¢+24 (m/ s) trong do , 1a khodng thoi gian tinh bang giay, ké tur lac bat
dau dap phanh. Hoi tir ltic dap phanh dén khi dimg hén, 6 t6 di chuyén bao nhiéu mét?

A. 18m. B. 15m. C.24m. D. 20m .
Loi giai
Ta c6 khi 6 t6 dimg han v(r) =0 <> —12t+24=0 <>t =2.
Do d6 tir luc dap phanh dén khi dimg han 6 t6 di duoc quang duong 1a

S= j(—l2t+ 24)dt = 24(m).

2x

Cau 41: Tinh nguyén ham cua ham s f(x)= 5
e’ +
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A. F(x)=¢" —4In(e" +2)+C. B. F(x)=In(e"+2)+C.
C. F(x)=e'~2m(e'+2)sC. . F)=¢'+2(e" $2)+C.
Loi gidi
) 20 4 ga¥ 9t i 2e* . .
Ta co F(x)=J‘e+ex#dx=J'(e —exizjdxze —21n(e +2)+C.

Cau 42: Cho hai diém 4(2;-1;0), B(3;—-2;2) va mat phing (P):x—3y+2z-1=0. Goi (Q) 1a mat
phang di qua 4, B va vudng goc v6i mit phang (P ) . Tim toa d6 giao diém x cua mit phang ( Q)

v061 truc hoanh.

A. K(-3;0:0). B. K(2;0;0). C. K(1;0:0). D. K (=4;0;0).
Loi giai
Taco AB= (1;-1;2).
Vecto phap tuyén ctia mt phang (P): % =(1;-3;2).
Vecto phép tuyén ctia mat (Q) dugc xac dinh % = [%,EJ = (—4;0;2) .
Phuong trinh mit phang ( Q) la 2x-z-4=0.
Giao diém ctia mat phéng ( Q) v6i truc hoanh 1a K (2;0;0) .
Cau 43: Trong khong gian (Oxyz), cho hai diém A(Z;Z;—l), B(l;—4;3). Puong thing AB cit mat

phang (OZx) tai diém M . Tim ti s& MA
MB

A.%. g.l C. 2. D. 3.
Loi giai
Cich 1: Puong thing AB qua A(Z;Z;—l), co vtep E(—l;—6;4).

x—2 y—-2 z+1

= phuong trinh 4B: ; c 2 =M (2-1;2-6t;—1+4t).

, 1 5 1
Phuong trinh (Ozx):y =0. Piém M €(Ozx) < 2—6t=0<:>t=§<:>M(—;0;—j.

33
2 2
mz(l;Z;—iJ MAz\/(lj +22+(—i) :—\/§
3 3 3 3 3 MA 1
- 2 8 - 2 2 = B 2
- 3ed] oo 8

M4 d(4,(0x)) |2 1
MB d(B,(0xx)) |4 2

Cach 2: AB cit (Ozx) tai diém M =

Céu 44: Tap nghiém cua bat phuong trinh 3* < 4—% la.

A (0;1). B. [1;+). C. (~30]. o. [03i]!

Loi giai
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Cau 45:

Cau 46:

Cau 47:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

A x 1 x 3 x2 x x
Tach 3 <4-—— <3 34—37@(3 ) 43" +3<0=1<3" <3< 0<x<1.

Vay tap nghiém cua bat phuong trinh d3 cho 14 S = [0;1] :

2
Cho ham s6 f(x) lién tuc trén [—1;+00) va J}‘f<\/x+l)dx=8.Tinh I=[xf(x)dr.
0 1
A=t B.I=-4. C. I1=4. ) N
4 4
Loi gidi

bat Vx+1=1,tacod x:tz—l,dx:2tdt.
Doi can
x=0=>t=1
x=3=t=2.

Do do6 jf( x+1)dx=8<:>th.f(t)dt=8<:>it.f(t)dt=4.

2
Vay I=Jx.f(x)dx=4.
1
Tim s6 nghiém nguyén cta bit phuong trinh 25.2% + 5% > 25+ 10".
A. 2. B. |l C.3. D. 0.
Loi giai
Ta c6 252" +5° > 25+10" < 25(2° 1) +5"(1-27) > 0 < (2" -1)(25-5") > 0
'{2X—1>o {x>0
25-57>0 x<2
= < 0<x<2.
2 ~1<0 {x<0
25-5"<0 x>2

Vay phuong trinh c6 mot nghiém nguyén.
Cich khdc: 252 +5" >25+10" < 25(2"' —1)+5" (1-27)> 0

e (2-1)(5°-5")> 0= (x-0)(2-x) > 0= x(0;2).
Trong khéng gian Oxyz, cho mat cau (S):x2 +y 427 —6x-4y-2z-11=0 va diém
M (0 ;—2; 1) .Goi d,, d,, d; 1a ba dudng thing thay ddi khong dong phing cung di qua diém
M va lan lugt cit mat chu (S) tai diém tha haila A, B, C. Thé tich cta tir dién MABC dat

gia tri 16n nhét bang.

50
NELE p, JO00VA c. 100 p, 305
9 27 9 27
Loi gidi

Ta thiy ME(S).

Mat chu (S) c6 tam 1(3;2;1) va ban kinh R=v3*+2° +1*+11=5.
Goi H, K lan lugt 1a hinh chiéu ciia M, I 1én mit phang (4BC) thi K 1a tim duong tron
ngoai tiép tam giac ABC .
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pit d=d(I,(4BC))=IK .

Taco d(M,(ABC))=MH <MK <MI +IK =R+d .

Goi » 1 ban kinh dudng tron ngoai tiép tam giac ABC .
Goi E, F lahinh chiéu cua 4 va K 1én canh BC.

Ta co
S s L 4EBC = AEFC <(4K+KF).FC=(r+ KF)W
:\/l(r+KF)3(3r—3KF) (6rj ENE
3 3 4 4

Déu bang xay ra khi va chi khi A4BC déu.
Ta co

I 3ﬁ NG

VMABC Ed( ,(ABC)).SA 3 (R d) 72 T(R_|_d)(RZ_dz)
ﬁ(md) (2R—2d)s£(4_Rj :8\5R3 _ 10003
8 8\ 3 27 27

Dau bang xay ra khi va chi khi MABC 1a hinh chép tam giac déu c6 duong cao la -

CAu 48: Cho ham sb f(x) ¢ do thi y= f'(X) cit truc Ox tai ba diém c6 hoanh do a <b < ¢ nhu hinh

v&. Ménh d& nao dudi day 1a ding?

Swu tam va bién soan
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Cau 49:

DE ON TAP KIEM TRA GIUA HQOC KY Il — TOAN 12

b

A f(a)> f( )>f(‘7)-5-_

C. f(¢)>f(b)>f(a).D. f(b)>f(a)>f(c).

Loi giai

S

by

(i

\SI/ b ¢ \ T

Goi S 1a dién tich hinh phing gi¢i han bai y = f'(x),y=0,x=a,x=b; §, 1a dién tich hinh

phing gi¢i han bsi y = f"(x),y=0,x=b,x=c.

b
Tir d thi ta c6 O<S1<S2:>0<j

a

f’(x)|dx<_}|c:

f(x)|dx = 0<—if’(x)dx<jf'(x)dx

=0<-f(b)+f(a)<f(c)-f(b)= f(b)< f(a)< f(c).

Xét ham s6 f(x) lién tuc trén doan [0;1] va thoa min didu kién

1
4xf(x2)+3f(1—x)= 1—x*,Vx e[0;1]. Tich phan I:If(x)dx bang.
0

A. B./=Z. c.i==. D.j=Z.
6 4 16

Loi giai
Theo gid thiét ta 6 4xf (x*)+3/(1-x)=1-x*,Vx e[0;1] (*).

Lay tich phan hai vé cia (*) ta dugc

j4xf(x2)dx+j3f(1_x)dx=jmdx

@jzf(xz)dxz—jsf(l—x)d(l—x)zj 1-x?dx
- 2If(t)dt+3jf(u)du =j\/1—x2dx

©5If(x)dx=jV1—x2dx.

0
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. /v
Dat x:smz,te{—z;g} = dx =cosdr.

Z: a V4
D01 can: x=0:>t=0;x=1:>t=3-

| 3 3 3
Suy ra I\/l —x’dx = I\/I —sin® tcostdtZI cosztdtZI(Hc—gsztjdt = (%t +
0 0 0 0
1 7
Va dx=—.
ay {f (w)dv=—5

Tim s6 nghiém nguyén cia bat phuong trinh
2021274+ — 2021 —(x~1)(8—x) <0.
AT B. 5. c.lgh
Loi giai
Ta c6 2021274 —2021" 5 —(x~1)(8~x) <0
<2021 _ 20217 4 x> —9x+8<0

& 2021274 £ 2x? —4x+9 < 20215 5 4 x2 4 5x+1

<:>f(2x2—4x+9) < f(x2+5x+1),vdi f(1)=2021"+¢.

z
2

sin 2tj
4

z
.

0

D. 8.

f'(¢)=2021'In2021+1>0, V¢ € R, suy raham s6 £ (¢) dong bién trén R.

Do vay f(2x2—4x+9) < f(x2+5x+l)<:>2x2—4x+9< ¥ +5x+1 & x* -9x+8<0

<1<x<8.Vix nguyénnénsuy ra xe{2,3,4,5,6,7} .

Viy bt phuong trinh c6 6 nghiém nguyén.

Swu tam va bién soan
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Cau 1:

Cau 2:

Caiu 3:

Cau 4:

Cau 7:

Cau 9:

Cau 10:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12
PE ON TAP KIEM TRA GIUA HQC KY II
MON: TOAN 12 - PE SO: 03
Cho hinh phang (D) dugc giéi han boi cac duong x=0, x=1, y=0 va y=+2x+1. Thé tich
V' cuia khdi tron xoay tao thanh khi quay hinh phing (D) xung quanh truc Ox duogc tinh theo

cong thirc nao sau day?

1 1 1 1
AV =[2x+lde.  B.V=n[2x+ldx. C.V=nf(2x+1)dr. D. ¥V =[(2x+1)dr.
0 0 0

0

Trong khong gian Oxyz , diém nao sau day khong thugc mat phang (P) X+y+z-1=0.

A. 0(0;0;0). B. 1(1;0;0). C. J(0;1;0). D. K(0;0;1).

Cho hai s6 thyc a< b tuy y, F (x) 1a mot nguyén ham cua ham sé f (x) trén tap R . Ménh d&
nao dudi day la dang?

A jf(x)dxzp(a)_F(b). B. [ f(x)dx=£(b)-f(a).

7 (x)dx=F(b)+F(a).

D > R —

C. jf(x)dxzp(b)_F(a). D.

Cong thirc tinh dién tich S cla hinh phang gi6i han bdi d6 thi ham s £ (x) lién tuc trén doan

[a;b],truc hoanh va hai dudng thang x=a, x=b 1a
b b b b
Ao S=[f(x)dr. B.S=([|f(x)dx. C S=z[|f(x)dx. D.S=x[r(x)dr.

Tim s6 phirc lién hop ciia s6 phirc z =1-9i.
A.z=1-9i. B.z=-1-9i. C.z=-1+9i. D.z=1+9i.
Dién tich S clia hinh phang gi6i han boi d6 thi ham sé y = x*, truc hoanh Ox , cac dudng thang

x=1,x=21a
A. Szj.xzdx. B. S:jxdx. C. S:ﬂjx4dx. D. Szﬂszdx.
1 1

I
Trong khong gian Oxyz , cho mit cu c6 phuong trinh (x - 2)2 +y°+ (z + l)2 =5. Tam cua mdt
clu co toa do 1a

A. (20;-1). B. (-2;0;1). C. (2;-1). D. (-2;1;5).

Trong khong gian Oxyz, cho hai vecto a = (LL1) va b= (2;3;0). Tinh tich v6 huéng cua hai
vecto a va b.

A. ab=8. B. ab=6. C.ab=5. D.ab=17.

Trong khong gian Oxyz , cho ba diém M(2;0;0) , N@O;-L0) 5 P(0;0,2) Mit phang (MNP)
c6 phuong trinh 1a
A S+ X200, B.2+2+2-1. C.i+XZyi-1 pIZiXiZog
2 -1 2 2 1 2 2 -1 2 2 -1 2
S6 phitc z=5+6i c6 phan thyc bang
A. 5. B. 5. C.6. D. -6.

Page 1
Swu tam va bién soan



Cau 11:

Cau 12:

Cau 13:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12
Trong khong gian Oxyz, cho mit phang (a) c6 phuong trinh x+2y—-3=0. M0t vécto phap
tuyén cta (a) c6 toa d¢ 1a
A. (1,2;-3). B. (1,0;2). C. (,-2;3). D. (1;2;0).
Trén khoang (O; +oo) ,hamsé F (x) =Inx 12 mot nguyén ham ciia ham s6?

A. f(x)=xInx-x. B. f(x):l+C,CeR.
x

C. f(x):%. D. f(x)=xInx—x+C,CeR.

Cho ham s6 y = f(x) 1én tuc va c6 d6 thi nhu hinh v& bén. Goi D 1a hinh phing gi¢i han béi

d6 thi ham s6 d4 cho va truc Ox . Quay D xung quanh truc Ox ta dugc khéi tron xoay c6 thé
tich V' dugc xac dinh theo cong thuc

AV =af (f(x) dv. BV =2 (f(x)) dr.

C. sz(f(x))zdx. D. Vz%f(f(x))zdx.

Chu 14: Cho hamsd f(x)=cosx.Ménh dé ndo sau day dung?
A. J.f(x)dx:sinx+C.B. J.f(x)dx =—cosx+C.
C. Jf(x)dx:cosx+C. D. J‘f(x)dxz—sinx+C.
Cau 15: Trong khong gian Oxyz, cho vécto a =(4;-3;5). Do dai cia a bing
A. 52, B. 50. C. 42, D. 2.5.
>
Cau 16: Tinh tich phan: [ = Icosxdx
0
A. IT=1. B.I1=2. C.71=0. D. I=-1.
Cau 17: Diém nio trong cac diém sau day 1 diém biéu dién hinh hoc ctia s phitc z = —5+4i trong mit
phang toa do Oxy .
A. A(-54). B. B(4;-5). C. C(5;-4). D. D(4;5).
1
Cau 18: Tinh tich phan 7 = [(3x*+2)dx.
0
A. 6. B. 3. C. 4. D. 5.
Cau 19: Nguyén ham clia ham sé f(x)=2x"-9 la
A. 4x’ -9x+C. B. %x4—9x+C. C. %x4+C. D. 4x* -9x+C.
Page 2

Swu tam va bién soan



Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

Cho hai ham s6 f(x) va g(x) liéntuc trén K, a, b € K . Khing dinh nao sau ddy 1a khang dinh

sai?

A. j.kf(x)dx:kjlf(x)dx (k#0). B. i[f(x)+g(x)]dxzjlf(x)dx+jg(x)dx.
C. j.[f(x)—g(x)]dx:j.f(x)dx—j{g(x)dx. D. j.f(x)g(x)dxzjf(x)dx.jg(x)dx.

Trong khong gian Oxyz, cho hai diém I (—2; 4;0) va M (O;l;l) Mt cau nhan / lam tdm va di
qua diém M c6 phuong trinh 1a

A+ (y=1) +(z-1) =14, B. (x+2) +(y—4) +2 =14.

C. (x=2) +(y+4) +z2=14. D. X2+ (y+1) +(z+1) =14,

Trong khong gian Oxyz, cho mp(e)c6d phuong trinh x+2z+1=0 va diem M (2;1;2). Mit

phang di qua M va song song v&i («) c6 phuong trinh 1a:
A. x+2y—-6=0. B. x+2y-4=0. C. x+2z-4=0. D. x+2z-6=0.

le (xz—ij
2 2

Trong mit phang phirc Oxy, goi A 1a diém biéu dién cua sb phic < vaB

7 3
Xx=—— |x<-=
)

la diém biéu dién cua s6 phitc M (x,y). Trong cac khing dinh sau, khang dinh nao dung?
A. Hai diém A va B ddi xtmg nhau qua truc tung.

B. Hai diém A va B ddi xtmg voi nhau qua dudng thang x = —% .

C. Hai diém A va B d6i xtmg nhau qua tryc hoanh.

D. Hai diém A va B dbi xtmg nhau qua gdc toa do O.

Tim m biét J.(2x+5)dx =6.
0

A.m=-1, m=-6. B.m=1, m=6. C.m=1 m=-6. D. m=-1, m=6.

Trong khong gian Oxyz, cho mp(a):3x+y—z+5=0 va mp(f):6x+2y—2z—1=0. Khoang
cach giita hai mat phang («) va (/) bang

V11 3 6
A. 11, B. —. C. —. D. —.
2 V11 V11
S6 thyc x, y thoa man: (x+2y)+(2x—2y)i=7—4i la
11 1 11 1
A. x=1, y=3. B. x=—, y=—-. C.x=-1, y=-3. D.x=—— y=—.
xX=LYy X 3:)7 3 X > Y X 3,y 3
. 1
Neuyén ham cita ham sé f (x) = 5 dang:
guyén ham cua ham so f(x) 7 c6 dang
A. jf(x)dsz\/x+1+C. B. If(x)dx=\/x+l+C.
1
C. dx =2v2x+1+C. D. dx = +C.
[ ()ae=2v2x e
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Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

Biét F(x) 1a mot nguyén ham ciia ham s6 f(x)=5x.ln5 thoa F(O):S . Tinh F(l)
5 5
A. F(l)=—. B. F(l)=—+4. C. F(1)=10. D. F(1)=9.
(==, ()= ) )

Ham s6 nao sau day khong phai 1a mot nguyén ham cia ham sé f (x) = (x + 1)5 ?

A. F(x):@. B. F(x)z(x+T1)—2.
e r-) F(x):(le)() +8.

Cho ham sd f(x) ¢6 dao ham lién tuc trén doan [1;3] théa man f(l) =2 va f(3) =9. Tinh
3

tich phan 7= [ £"(x)dx
1

A.I1=2. B. 1 =18. C.I1=7. D. I=11.
2022

Giatricua P= j (ex+1 x la
0

A P=¢™ 12021,  B. P=¢™-2021. C.P=¢"-2022. D.P=e""+2022.
0 0

Cho [ f(x)dx=3. Tich phan 7 = [[3(x)~1]dxbéng
2 -2

A. 7. B. 8. C.11. D. —11.
Cho sb phiic z thoa man |z| =2. Chon phat biéu dung

A. Tap hop diém biéu dién sé phirc z 13 mot dudng tron cd ban kinh bang 4.

B. Téap hop diém biéu dién sb phirc z 1a mot dudng tron c6 ban kinh bing 2.

C. Tap hop diém biéu dién s6 phirc z 1a mot dudng thang.

D. Tap hop diém biéu dién s6 phirc z 1a mot dudng Parabol.

Goi S 1a dién tich mién hinh phéng dugc to dam trong hinh v€ bén. Cong thirc tinh S 1a

A. S:jf(x)dx.

C. S:j.f(x)dx— D. S=jf(x)dx+jf(x)dx.

Cho hinh phang (H) gii han boi cac duong y =+/x, x=0, x=1 va truc hoanh. Tinh thé tich
V' cta khéi tron xoay sinh béi hinh (H) quay quanh truc Ox.

A.g. B. Vx. C. . D.%.

Cho I = j(xz + 1)2xdx . Bing cach dat 7 = x> +1, khang dinh nao sau ddy ding?
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Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

1
A 1=t B.I=[(t+1)de.  C.I=2ewdt. D.I:E.[tdt.
Tinh dién tich hinh phang gidi han béi duong thang y =2x+1 va dd thi ham s6 y=x* —x+3.
AL B. L. c. -1, D. 1.
6 7 6 8

Trong khong gian Oxyz , cho hai diém A4 (—2;3;4) , B (8; =5; 6) . Hinh chiéu vudng goc cta trung

diém I cua doan thang AB trén mit phing (Oyz) 1a diém nao dudi day?

A. P(3;0;0). B. N(3;-15). C. M (0;-15). D. 0(0;0;5).
Piém A trong hinh v& bén biéu dién cho sb phirc z . Tim phén thuc va phan 4o cua sb phrc z .
vk
) T EA
0 3 %
A. Phan thyc 14 3 va phan a0 1a —2. B. Phan thyc 1a -3 va phadnaola 2.
C. Phan thyc 12 3 va phan ao 1a —2i. D. Phan thyuc 1d —3 va phan 4o 1a 2.

Trong khong gian Oxyz, goi (P) 1a mat phing chtra truc Ox va vudng gdc voi mit phang
(Q):x+y+z-3=0. Phuong trinh mit phang (P) la
A. y-2z=0. B. y—z-1=0. C. y+z=0. D. y—z=0.

3 2
Cho biét | f(x)dx=20. Gid tri ctia P= j [ £(3-2x)+2022]dx bing
-1 0

A. P=4057. B. P=4054. C. P=4034. D. P=4037.

Trong khong gian Oxyz, cho mit cu (S) va mit phang (P) lan lugt c6 phuong trinh
X4y 42 =2x+42y-2z-6=0, 2x+2y+z+2m=0. S0 gia tri nguyén cua m dé (P) tiép
xtc voi (S)1a

A. 1. B. 4. C.0. D. 2.

Trong khong gian Oxyz , cho mit phang (P):x—2y+2z—12=0. Biét diém M thudc tryc tung
Oy sao cho tung d9 a ctia M 1a mot s6 duong va khoang cach tir M dén mat phang (P) bang
42 . Khi d6:

A. ae(2;3). B. ae(45). C. ae(56). D. ae(3;4).

Trong mit phing phic, goi A, B, C lan lugt 1a cic diém biéu dién ciia cac sd phirc
z, =2+3i; z, =1+5i; z, =4+i. S6 phuc voi diém biéu dién D sao cho tir gidc ABCD la mot
hinh binh hanh c6 phan 4o 1a:

A. —1. B. 1. C. -5. D.5.

Trong mit phing toa d Oxy, cho hinh thang 4BCD véi A(-1;2), B(5;5), C(5;0), D(-10)

. Quay hinh thang ABCD xung quanh truc Ox thi thé tich khdi tron xoay tao thanh la:
A. 78r. B. 767 . C. 72rx. D. 74r.
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Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

DE ON TAP KIEM TRA GIUA HOC KY II - TOAN 12

2

Cho !xs 5 =aln2+binStc voi ab.ccR.Khido a+2b+4c bing
Al B. 3. C. 4. D. 2.
Trong khong gian véi hé toa do Oxyz , cho mit cau (5): (x—l)2 +(y —2)2 +(z —3)2 =16 va cac
diem A(1;0;2),B(-1;2;2). Goi (P) 1a mat phang di qua hai diém 4, B sao cho thiét dién cua
(P) véi midt cau (S) c6 dién tich nho nhat. khi viét phuong trinh (P) du6i dang
(P):ax+by+cz+3=0.Gidtri T=a+b+c bing
A. 2. B. 3. C.0. D. -3.
Cho cac ham sd f(x)=%\/3_?);+7;F(x)=(ax2 +bx+c)x/m, voi x>%. Ham sd
F(x) 1a mot nguyén ham ciia ham s6 f(x) thi S=a+b+c bang
A. 2. B. 3. C.o0. D. 1.
Trong khong gian Oxyz , cho mitcau (S) c6 tam /(2;1;1) vamat phang (P):2x+ y+2z+2=0
. Phuong trinh ctia mit cau (S ) cit mat phang (P) theo giao tuyén la mot dudng tron c6 chu vi
bang 27 1a
A (S):(x+2) +(y+1)*+(z+1)* =10. B. (8):(x=2) +(y—-1)*+(z—1)* =8.
C.(8): (x+2+(y+1)’+(z+1)* =8. D. (S):(x=2)"+(y—1)*+(z-1)* =10
Cho ham s6 y = f(x) c6 dao ham lién tuc trén [—2;4]. DO thi ciia ham s6 y = £ '(x) dugc cho
nhu hinh bén.

f) 4

1 4

N\

Dién tich hinh phing gi¢i han boi truc Ox va dd thi hamsé y = f'(x) trén doan [-2;1] va [1;4] lan luot

bang 9 va 12. Cho f(1)=3. Tinh tong f(-2)+ f(4).
A.9. B.2. C. 3. D. 4.
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HUONG DAN GIAI CHI TIET
Caul: Cho hinh phang (D) dugc giéi han boi cac duong x=0, x=1, y=0 va y=+2x+1. Thé tich
V' ciia khdi tron xoay tao thanh khi quay hinh phang (D) xung quanh truc Ox duogc tinh theo

cong thirc nao sau day?

1 1 1 1
AV =[2x+ldxe.  B.V=n[2x+ldx. C.V=nf(2x+1)dr. D.V=[(2x+1)dr.
0 0 0

0
Loi giai
Chon C

1

Taco V = n'[(\/2x+1)2 dx =1tj(2x+l)dx.
0

0
Cau2: Trong khong gian Oxyz, diém nao sau day khong thugc mat phang (P) x+y+z-1=0.
A. 0(0;0;0). B. 1(1;0;0). C. J(0;1;0). D. K(0;0;1).
Loi giai
Chon A
Taco 0+0+0-1=-1%0=0(0;0;0) & (P).
Chu3: Cho haisé thuc a< b tiy y, F(x) 12 mot nguyén ham ctia ham sé f(x) trén tap R . Ménh dé
nao dudi day la dang?

Al ij(x)dx:F(a)—F(b). B. [ f(x)dv=r(b)-£(a).

QA C— > R C— >

C. ij(x)dsz(b)—F(a). D. f(x)dsz(b)+F(a).
Loi giai
Chon C

Ta c6 j.f(x)dx:F(x)

a

" =F(b)-F(a).

CAu4:  Cong thirc tinh dién tich S cia hinh phang giéi han boi d0 thi ham sb f (x) lién tyc trén doan
[;b], truc hoanh va hai dudng thang x=a, x=b la

b b b b
Ao S=[f(x)dr. B.S=[|f(x)dx. C. S=z[|f(x)dx. D.S=x[f(x)dr.
Loi giai
Chon B
Cau5:  Tim sd phic lién hop cua sé phuc z =1-9i.
A.z=1-9i. B.z=-1-9i. C.z=-1+9i. D. z=1+9i.
Loi giai
Chon D
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Taco z=1-9i=z=1+9i.
Cau 6: Diéntich S ciia hinh phing gi6i han boi d6 thi ham sé y = x*, truc hoanh Ox , cac dudng thing

x=1,x=21a
2

A.S:szdx. B.S=jxdx. C.S=7zix4dx. D.S=7r.2[x2dx.
1 1 1

1
Loi giai
Chon A

Dién tich S cua hinh phfmg gi61 han boi dd thi ham s6 y=x7, truc hoanh Ox , cac dudng théng x=1,
2
x=21a §={xdr.

1
Cau7: Trong khong gian Oxyz, cho mit cau c6 phuong trinh (x—2)2 +y +(z+ 1)2 =5. Tam cta mit
clu co toa do la
A. (2;0;,-1). B. (—2;0;1). C. (25-1). D. (-21;5).
Loi giai
Chon A
Mit cau ¢ phuong trinh (x— 2)2 +y°+ (Z + 1)2 = 5. Tam ctia mit ciu co toa do 1a (2; 0;—1) .
Cau8: Trong khong gian Oxyz, cho hai vecto a =(1;1;1) va b= (2;3;0). Tinh tich vo hu6ng cia hai

vecto a va b.
A. ab=8. B. ab=6. C. ab=5. D. ab=17.

- —

Loi giai
Chon C

Tinh tich v6 huéng ctia hai vecto a va b 1a ab=12+13+1.0=5.

Cau9:  Trong khong gian P97 | cho ba diém M (Z0:0)  N(0:=1,0) (3 P(0;0:2) \a¢ phang (MNP)

c6 phuong trinh 1a

A S+ X 200, B. 2+2+2-1. c. i+ Xyiog. Q.£+l+£=l.
-1 2 2 1 2 2 -1 2 2 -1 2
Loi giai
Chon D
Mt phing qua ba didm M (2;0;0), N(0;—1;0) va P(0;0;2) c6 dang §+ll+§ 1.
Ciau 10: S6 phitc z=5+6i c6 phan thyc bang
A. -5, B. 5. C.6. D. -6.
Loi giai

Chon B

Phan thuc cta sb phitc z=5+6i 13 5.
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Cau 11: Trong khong gian Oxyz, cho mit phang (a) c6 phuong trinh x+2y—-3=0. M0t vécto phap

tuyén cta (a) c6 toa d¢ 1a

A. (1,2;-3). B. (1,0;2). C. (,-2;3). D. (1;,2;0).
Loi giai
Chon D
Phuong trinh dudng thang viét lai thanh x+2y+0z-3=0. Do d6 mot vécto phap tuyén c6 toa do la
(1;2;0).

Céu 12: Trén khoang (0;+%), ham sé F(x)=Inx 1a mdt nguyén ham cta ham s6?

A. f(x)=xInx-x. B. f(x)=l+C,CeR.
x

C. f(x)=l. D. f(x)=xInx—x+C,CeR.
x
Loi gisi
Chon C
Vi x e(0;+00), ta co Ildx:lnerC nén F(x)=Inx 1a mdt nguyén ham cta ham sé f(x):l.
x x

Cau13: Chohamsb y=f (x) 1én tuc va c6 dd thi nhu hinh vé bén. Goi D 14 hinh phang gi¢i han boi
d6 thi ham sb di cho va truc Ox. Quay D xung quanh truc Ox ta duoc khéi tron xoay c6 thé
tich V' dugc xéc dinh theo cong thuc

A. V:ﬂf(f(x))zdx. B. V=7T2L3(f(x))2dx
C.V=[(f(x))d. D. Vz%f(f(x))zdx.

Loi giai
Chon A

Theo cong thirc SGK.
Cau 14: Cho hamsé f(x)=cosx . Ménh dé ndo sau day dung

A. If(x)dx=sinx+C.B. If(x)dx=—c0sx+C.
C. J‘f(x)dx=c0sx+C. D. If(x)dx=—sinx+C.

Loi giai
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Chon A

Cong thirc nguyén ham co ban.
Cau 15: Trong khong gian Oxyz, cho vécto a = (4;-3;5). Do dai cua a bing
A. 5\2. B. 50. C. M2, D. 24/5.
Loi giai
Chon A

Taco |a| = 4> +(-3)" +5" =5V2.

Cau 16: Tinh tich phan: I = | cosxdx

O 0 | N

A. I=1. B.1=2. C.71=0. D. I=-1.
Chon A

z
2 z
I=J.cosxdx=sinx|g =1.
0

Cau 17: Diém nio trong cic diém sau day la diém biéu dién hinh hoc ctia s6 phirc z = —5+4i trong mit
phang toa dd Oxy .
A. A(-5:4). B. B(4;-5). C. C(5-4). D. D(4;5).
Loi giai

Chon A
1
Cau 18: Tinh tich phan 7 = [(3x*+2)dx.
0
A. 6. B. 3. C. 4. D. 5.

Loi giai
Chon B

=3.

1
0

1
I=[(3x*+2)dr = (x*+2x)

0
Cau 19: Nguyén ham ctia ham s6 f(x)=2x"-9 la

A. 4x°-9x+C. B. %x4—9x+C. C. %x4+C. D. 4x*-9x+C.

Loi giai
Chon B

J(2x3—9)dx:%4—9x+C.

Chu 20: Cho hai hamsd f(x) va g(x) liéntuc trén K, a, b € K . Khang dinh nao sau déy 1a khing dinh
sai?
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A. ikf(x)dx:kif(x)dx (k#0). B. i[f(x)+g(x)]dx=if(x)dx+ig(x)dx.
: ’ b b : R
C. j[f(x)—g(x)]dx=jf(x)dx—jg(x)dx. D. jf(x)g(x)dxzjf(x)dxjg(x)dx
Loi giai
Chon D
Céu 21: Trong khong gian Oxyz, cho hai diém 7(-2;4;0) va M (0;1;1) Mit cau nhan / lam tAm va di
qua diém M c6 phuong trinh la
A. x* +(y—1)2+(z—1)2 =14. B. (x+2)2 +(y—4)2 +z2=14.
C. (x=2) +(y+4) +z2=14. D. X +(y+1) +(z+1) =14,
Loi gidi
Chon B

Mit ciu tam /(-2;4;0), di qua M (0;1;1)c6 ban kinh R = IM =+/14.

Phuong trinh mt cau : (x+ 2)2 +(y—4)2 +2°=14.

Céhu 22: Trong khong gian Oxyz, cho mp(a)cé phuong trinh x+2z+1=0 va diém M (2;1;2). Mit
phiang di qua M va song song véi («) c6 phuong trinh la:
A. x+2y-6=0. B. x+2y-4=0. C. x+2z-4=0. D. x+2z-6=0.
Loi gidi
Chon D

Mit phang () song song véi () c6 phuong trinh dang: x+2z+D=0.

Do (p)diqua M =2+4+D=0< D=-6.

Vay phuong trinh cua (f)la: x+2z-6=0.

Cau 23:

1 3
X=— xX2——
2 2

> (3]
X=—— |x<-=
2 2

1a diém biéu dién cua sé phic M (x, y) . Trong cac khang dinh sau, khing dinh nao dang?

Trong mit phing phtic Oxy, goi A 1a diém biéu dién cta s6 phic < va B

A. Hai diém A va B ddi ximg nhau qua truc tung.
B. Hai diém A va B ddi xtng v6i nhau qua dudng thang x = —% .

C. Hai diém A va B d6i xtng nhau qua truc hoanh.
D. Hai diém A va B d6i xtiing nhau qua gdc toa do O.

Loi giai

Chon B
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Diém 4(3;2) biéu dién s6 phirc <

biém B(2;3) bicu dién sb phic M (x, )

Hai diém A va B d6i xtmg véi nhau qua duong thang x = —% .

Cau24: Tim m biét j (2x+5)dx=6.
0

A.m=-1, m=-6. B. m=1, m=6. C.m=1, m=-6. D. m=-1, m=6.
Loi giai
Chon C
6=]n'(2x+5)dx=(x2+5x)|;” =m’+5m <:>m2+5m—6=0<:>{mm_:16.
. =

Cau 25: Trong khong gian Oxyz, cho mp(a):3x+y—z+5=0 va mp(f):6x+2y—2z—1=0. Khoang
cach gitra hai mit phang () va (/) bang

V11 3 6
A AT B~ C.ﬁ. D.ﬁ.
Loi giai
Chon B
Lay M e (a)= M(0;0;5). Do (/) song song vdi (&), ta co:

v e e [F10=1] VT
d(@y (PN =dM:(P) =—7o= ==

Cau 26: S thyc x, y théa man: (x+2y)+(2x-2y)i=7-4i 1a

8 ! no1
=, = . Co x:_l, :_3. D. x:——, =—,
37773 g R

A. x=1, y=3. B. x

Chon A

Ta co: (x+2y)+(2x—2y)i:7—4i<:>{x+2y=7 @{le

2x-2y=—4 " |y=3
Céu 27: Nguyén ham ctia ham s6 f(x)=\/1_l c6 dang:
X+
A [ f(x)dx=2Vx+1+C. B. [ f(x)dr=vx+1+C.
1
C. dx =2v2x+1+C. D. dx = C.

If(x) X If(x) el

Loi giai
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Chon A

Ta c6 ho nguyén ham J.f(x)dxzj.\/l_l. =2Vx+1
X+

Ciu 28: Biét F(x) 12 mot nguyén ham ciia ham sb f(x) =3"In3 thoa F(O) =3 . Tinh F(l)

S5 5

A F(1)= IR B. F(l):E+4. C. F(1)=10. D. F(1)=9.
Loi giai
Chon D
Ta c6 If(x)dxszx.lndezlsx In5+C=5"+C
n5

Vi F(0)=5=1+C=5<C=4.
Khido: F(x)=5"+4=F(1)=5+4=9..

Chu 29: Ham s0 nao sau day khong phai 1a mot nguyén ham ciia ham sé f(x)=(x+ 1)5 ?

6 6
A. F(x)zM B. F(x)zm—z.
6 6
6 6
P 5 I ) A S S ) A
3 6
Loi giai
Chon C
6
Ta c6 ho nguyén ham F(x jf I x+1) dx=(x21) +C.
6
Vivay dipdn £(x) =P 1a dap an sai.

Cau30: Cho hamsé f(x) c6 dao ham lién tuc trén doan [1;3] théa man f(1)=2 va f(3)=9. Tinh

3
tich phan 7= [ f"(x)dx
1

A I=2. B. [=18. C.1=7. D. I=11.
Loi gidi
Chon C
Taco: I = jf dv=f(x) =/(3)-f(1)=9-2=7.

2022
Cau31: Giatricta P= j (ex+1 x 1a
0

A. P=¢&""%+2021. B. P=¢""-2021. C.P=¢&""-2022. D.P=e""+2022.

Loi giai
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Chon A

P= | (e 41)de=(e )

0

2022

=™ +2021.

0

0 0
CAu32: Cho [ f(x)dx=3. Tichphan 7= [[3f(x)-1]drbing
) -2
A 7. B. 8. C. 11. D. -11.
Loi giai

Chon A

1:j[3f(x)—l]dx=3jf(x)dx—_j1dx:9—2:7.

Cau 33: Cho s6 phirc z thoa man |z| =2. Chon phat biéu dung

A. Tap hop diém biéu dién sé phirc z 13 mot dudng tron co ban kinh bang 4.
B. Tap hop diém biéu dién sé phirc z 13 mot dudng tron cd ban kinh bang 2.
C. Tap hop diém biéu dién s6 phirc z 1a mot dudng thang.

D. Tap hop diém biéu dién s6 phirc z 13 mot dudng Parabol.

Loi gidi
Chon B
Goi M (x; y) va 0(0;0) lan luot 1a biéu din cua sb phtc z va 0 trén mat phéng toa do.
Khi d6 |z|=2 < OM =2.Khi d6 tap hop diém M 1a duong tron tim O ban kinh 1a 2.

Céu 34: Goi S la dién tich mién hinh phang duogc t6 ddm trong hinh v& bén. Cong thuc tinh S 1a

Chon C
S =jl|f(x)|dx=jl|f(x)|dx+j|f(x)|dx=jlf(x)dx—jf(x)dx.

Cau 35: Cho hinh phing (H) gioi han boi cic duong y=+/x, x=0, x=1 va truc hoanh. Tinh thé tich

¥ cta khéi tron xoay sinh béi hinh (H) quay quanh truc Ox .
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>
o

B. Jx. C. . D.%.

Loi giai
Chon A

Vzﬂj;fz(x)deEj‘(\/;)zdxzz-

0 2

CAu36: Cho I = j (x” +1)2xdx . Bang cach dat ¢ =x” +1, khang dinh nao sau day ding?
1
A.I:jzdt. B.I=j(t+l)dt. C.Izzjzdt. D.lzz'[tdt.

Loi giai
Chon A
Dit ¢ = x> +1=> dt = 2xdx. Vay 1=j(x2 +1)2xdx=jtdt.
Céu 37: Tinh dién tich hinh phang gidi han boi dudng thang y =2x+1 va do thi ham sé y=x>—x+3.
1 1 1 1

A. —. B. —. C. —. D. —.
6 7 6 8

Loi giai

Chon A

X =
Xét phuong trinh x* —x+3=2x+1< x° —3x+2=0<:>[

2
Vay S =!|x2 —3x+2|dx=%.
Céu 38: Trong khong gian Oxyz , cho hai diém A4(-2;3;4), B(8;-5;6). Hinh chiéu vudng géc cua trung
diém I cua doan thang AB trén mit phang (Oyz) la diém nao dudi day?
A. P(3;0;0). B. N(3;-1;5). C. M (0;-1;5). D. 0(0;0;5).
Loi giai
Chon C
Ta c6 trung diém ciia 4B 1a I(3;-15).
Vay hinh chiéu ctia /(3;-1;5) trén mit phing (Oyz) 1a M (0;-1;5).

Ciu 39: Piém A trong hinh v& bén biéu dién cho sb phirc z . Tim phén thyc va phan 4o ctia s6 phic z.

YA
) IS A
0 3 %
A. Phan thuc 1a 3 va phan ao 1a 2. B. Phan thyc 1a —3 va phan aola 2.
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C. Phan thyc 12 3 va phan a0 1a —2i . D. Phan thyc 1d —3 va phan 4o 1a 2.
Loi giai
Chon A
Tacd z=3+2i=>z=3-2i. Vay phan thyc va phan 4o ctia z lan luotla 3 va —2.
Chu 40: Trong khong gian Oxyz, goi (P) la mat phang chira truc Ox va vudng goc v6i mit phang
(Q) : X+ y+z-3=0. Phuong trinh mit phang (P) la
A. y-2z=0. B. y-z-1=0. C.y+z=0. D. y—z=0.
Loi giai
Chon D
Ta c6 VTCP clia Ox 1a i=(1;0;0) va VIPT ciia (Q) la n=(1;1;1).

Do (P) chura truc Ox va vudng goc véi (Q) nén (P) ¢6 VTPT n, = [ﬁ,ﬂ =(0;1;-1).
Vay (P):y—z=0.
3 2
CAu41: Chobiét [ f(x)dx=20. Gid tri ctia P = j [ £(3-2x)+2022]dx bing
-1 0

A. P=4057. B. P=4054. C. P=4034. D. P=4037.
Loi gidi
Chon B

Ta ¢6 P:j[f(s—zx)uozz]dx=jf(3—2x)dx+i2022 dx:ff(s—zx)dx+4o44

0

Xét A=jf(3—2x)dx.

bat t:3—2x:>dx=—%dt; x=0=>t=3;x=2=t=-1

:>A=—%;[f(t)dt=%Jl‘f(t)dt=%_!.f(x)dx=10

= P=4054.

Cau 42: Trong khong gian Oxyz, cho mit cu (S ) va mit phang (P) lan luot ¢6 phwong trinh
X4y +2°—2x+2y-22z-6=0, 2x+2y+z+2m=0.SH gia tri nguyén cia m dé (P) tiép
xuc voi (S)lé
A. 1. B. 4. C.0. D.2.

Loi giai
Chon D
Mat cau (S) c6 tam /(1;—11), ban kinh R=3.
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(P) tiép xtic véi (S) @d(],(p)):Rc:) |2m3+1| :3<:>|2m+l|:9<:>{m=45
L = —

Vay c6 2 gia tri nguyén ctia m dé (P) tiép xtic véi (S).
Cau 43: Trong khong gian Oxyz , cho mit phiang (P):x—2y+2z—12=0. Biét diém M thudc truc tung
Oy sao cho tung d6 a ciia M 1a mot sé duong va khoang cach tir M dén mit phang (P) bang
432 . Khi d6:
A. ae(2;3). B. ae(4;5). C. ae(56). D. ae(3;4).
Loi giai
Chon A

Vi M €Oy va c6 tung do duong nén M (0;a;0),a>0.

a=6J2-6e(23).

Céiu 44: Trong mat phang phic, goi A, B, C lan luot 13 cac diém biéu dién cua cac sb phic
z, =2+3i; z, =1+5i; z, =4+i. S6 phtic véi diém biéu dién D sao cho tir gide ABCD la mot
hinh binh hanh c6 phan 4o la:

A. -1. B. 1. C. -5. D. 5.
Loi giai
Chon A

Tacd 4(2;3);B(1;5);C(4:1)

. . . X \ A A T D 4—xp,=-1 Xp =3
Goi D(x;y,). Vi ABCD 1a hinh binh hanh nén DC = 4B < =S = D(5-1).
l=yp,=2 yp=-1
Vay D la diém biéu dién cta s6 phitc z=5—i ¢6 phan 4o 1a —1.
Cau 45: Trong mat phéng toa d0 Oxy, cho hinh thang ABCD véi A(—I;Z) , B(S;S) , C(S;O) , D(—I;O)

. Quay hinh thang ABCD xung quanh truc Ox thi thé tich khdi tron xoay tao thanh la:
A. 787x. B. 76rx. C. 72rx. D. 74r.

Loi giai
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Phuong trinh duong thang 4B la: y = %x +§

Ta c6 hinh thang ABCD dugc gi6i han bdi cac duong y :%x+§;y =0;x=—1;x=>5. Do d6 thé tich

khdi tron xoay khi quay hinh thang A4BCD xung quanh truc Ox la

5 2 5 5
V=7rj(lx+§) dx=7rj(lx2+§x+£)dx:[ix3+§x2+éxj
2 2 ‘\4 2 4 13 4 4

2

CAu 46: Cho j

1

Al B. 3. C. 4. D.2.

=78rx.

-1

=aln2+bIn5+c véi a,b,c e R.Khi d6 a+2b+4c bang

5 3
X +x

Loi gidi
Chon A

Ta co

d d
Ty szS.(xf+1) '[2 :

= - ! x4.(x2+1)dx

X+
1
DPit =x"+1,suyra dt:2xdx<:>5dt:xdx.

Poicin x=1=t=2; x=2=1¢=5.

51 1
Suy ra ]=L 5'(t—1)2 - t
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Suy ra az?,b:%;c:§:a+2b+4c:l.
Cau 47: Trong khong gian véi h¢ toa dd Oxyz , cho mat cau (S) : (x—1)2 +(y—2)2 +(z—3)2 =16 va cac
diém A4(1;0;2),B(-1;2;2). Goi (P) la mit phang di qua hai diém 4, B sao cho thiét dién cta
(P) v6i mat cau (S ) c6 dién tich nho nhit. khi viét phwong trinh (P) dudi dang
(P):ax+by+cz+3=0.Gidtri T=a+b+c bing
A. 2. B. 3. C.0. D. 3.
Loi giai
Chon D

Mit cau () c6 tam /(1;2;3) vabankinh R=4.

Tacé A, B nim trong mat cau. Goi K 1a hinh chiéu ctia / trén 4B va H 1a hinh chiéu ctua / 1én thiét
dién.

Ta c6 dién tich thiét di¢n bang S = 7" = 7(R* —IH*).

Do vay dién tich thiét dién nho nhat khi /H 16n nhat.

Ma [IH <IK nén IH_ , =IK nén suy ra (P) qua 4,B vavuong goc voi IK .

Tacé IA=IB=A/5 suy ra K 1a trung diém AB.

Vay K (0;1,2) = KI =(1;1;1). Khi d6 mit (P) qua 4(1;0;2) c6 dang

(P):1(x-1)+1(y-0)+1(z-2)=0= x+y+z-3=0=—x—y—z+3=0.

Vaytaco a=b=c=—-1=T=a+b+c=-3.

%\/37£))3C+7;F(x)=(ax2 +bx+c)m, voi x>%. Ham s6

F(x) 1a mot nguyén ham cuia ham s6 f'(x) thi S=a+b+c béng
A2 B. 3. C.0. D. 1.

Chu48: Cho cac ham sb f(x)=

Loi giai
Chon B

Tacé ham sb F (x) 1a mot nguyén ham ctia ham sé f (x) nén:
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P/(x)= £ (x) [ (@t +brsc)an—3 | =20 30T

J2x-3
Sax’ +(3b—6a)x—3b+c  20x* —30x+7
J2x-3 - V2x3
5a =20 a=4
Khidotacohé: <3b-6a=-30=b=-2=S=a+b+c=3.
-3b+c=7 c=1

Cau 49: Trong khong gian Oxyz , chomitcau (S) c6 tim 7(2;1;1) va matphang (P):2x+ y+2z+2=0

. Phuong trinh ctia mét cau (S) cdt mat phang (P) theo giao tuyén 1a mot duong tron c6 chu vi

bang 27 la

A (S):(x+2) +(y+D)*+(z+1)* =10. B. (8):(x=2)+(y—1)*+(z—1)* =8.
C. (8): (x+2)" +(y+1)* +(z+1)* =8. D. (8):(x=2+(y—1)*+(z-1)*=10
Loi giai
Chon D

2241142142
N2 P41

=3=1H.

Bén kinh duong tron 1a ». Taco 2zr =27 =r=1.

Bén kinh mit cAu 1a R =r? + IH> =1 +3* =1/10.
Phuong trinh mat cu (S) tam 7(2;1;1), ban kinh R =10 1a
(8):(x=2)" +(y=1) +(z=1)* = 10.

Cau 50: Cho ham sé y = £ (x) 6 dao ham lién tyc trén [-2;4]. D6 thi cia ham s6 y = f'(x) duoc cho
nhu hinh bén.

) Y

Dién tich hinh phang gi6i han béi truc Ox va dd thi ham sé y = f'(x) trén doan [-2;1] va [1;4] 1an luot
bang 9 va 12. Cho f(1)=3. Tinh tong f(-2)+ f(4).
A9, B.2. C.3. D. 4.

Loi giai
Chon C

Tir gia thiét
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)=-

-2
121 f(4)-f(1)=-12
3
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Cau 1:

Cau 3:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

PE ON TAP KIEM TRA GIUA HQC KY II

MON: TOAN 12 — DE SO: 04

Trong cac ménh dé sau, ménh dé nao sai?
A. [If (x)dx=k[ f(x)dx voi k 1a hang s khac 0.

B. If(x).g(x)dx:J-f(x)dx.‘[g(x)dx
C.[[f(x)+g x]dx=jfxdx+jgxdx
D. [/ (x)-g(x)]de=[ £ (x)dr-[2(x)

Ham s F(x) nao du6i day la mot nguyén ham ciia ham s§ f(x) =2021x

2020, C. F(x)=2020x"""

A. F( ) 2021

B. F(x)=x

Tim nguyén ham cta ham s f(x) =sin8x.

A. jsin8x.dx:8cos8x+C.

C. jsinSx.dx :é0058x+C.

Tinh j(ﬁ —3x+ljdx két qua 1a
X

4
X

1

Biét | ———
J.16x2 —24x+9

A.12.

3
A. ——gx2 +ln|x|+C. B. x——lx2+ln|x|.
4 3 3 3

1

B. 8.

a(4x—3)

2020 9

D. F(x) =2020x>"".

B. Isin8x.dx = —écos8x+C.

D. j sin 8x.dx = cos8x + C .

C.6.

Mot nguyén ham F(x) ciia hamsd f(x)=cos5x.cos3x 1a

sin 8x
8

A. F(x):%(

C. F(x)=cos8x.

$n2xj
+ .
2

B. F(x)=

sin8x .

4 3
C. x——ixz +ln|x|+C.D. x——%xz +1n|x|.
4 2 3 3

+C, voi @ 1a sb nguyén khac 0. Tim @

D. 4.

D. F(x):l lsin6x+lsin4x .
216 4

Gia sir ham s f (x) lién tuc trén khoang K va a,b ,c laba sb thuc bat ki thude K. Khéng

dinh nao sau day sai?

Al }f(x)dx:—jf(t

C. J.f dx;tj.f

Dién tich hinh phing duoc gii han boi db thi ctia ham sb y =2x°

thang x=—1;x=1 la

A. S=—l.
2

)dt.

B. §=0.

[\

dx+jf

, truc hoanh va hai duong

D. S=1.



Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

2
Biét F(x)=x’ 1a mdt nguyén ham cta ham sé f (x) trén R. Gid tri cua j[1+f(x)]dx bang
1

A.g. B.12. C.E. D. 8.

3 3

Goi S 1a dién tich ctia hinh phing gi6i han boi cac duong y=3", y=0, x=0, x=1. Ménh d&

nao dudi day dang?

A. Sz;rjf?axdx. B. Szj.33"dx. C. Sz;er“dx. D. S=I3de.
0 0 0

Tinh dién tich phan hinh phing gach chéo (tam giac cong OAB) trong hinh v& bén.

%1y
. y=4x [~
+*
, &
G — = /
oy
A
/4
? A
A Y7 B. & c. lz, p. 2
3 3 3 3

Tinh thé tich V' ctia phan vét thé gidi han boi hai mit phang x =2 va x =3, biét rang khi cét vat
thé bai mit phang vudng goc vai truc Ox tai diém c6 hoanh d6 x (2 < x < 3) thi duogc thiét dién

14 mét hinh chit nhat c6 d6 dai hai canh 1a x va vx* -3.

A. V:(6\/§_1]7r. B. V:(6\/§_l)ﬂ. C. V:6‘/E_1 66 -1

. D. V= .
2 3

Goi D 1a hinh phang giéi han boi cac dudng y =e*,y=0,x =1 va x=2. Thé tich ctia khdi tron
xoay tao thanh khi quay D quanh truc Ox bang

A. j.e“dx. B. ﬂje“dx. C. Jz-e(”‘dx. D. 7Z'j.€6xdx.
1 1 1

1

Trong khong gian Oxyz , cho hai diém 4(3;1;-2) va B(2;4;1). Vecto AB c6 toa dd 1a

A. (-1;3;-3). B. (1,-3;-3). C. (,-33). D. (-1;3;3).
Trong khong gian Oxyz, cho M(l;—%;—?:j , N O;—%;lj . b6 dai doan thfmg MN béng
A. 13 B.ﬁ. C.4. D. J17.

4

Trong khong gian Oxyz, cho 4(1;-2;3), B(2;—4;1), C(2,0,2), khi d6 AB.AC bing
A. —1. B. -5. C.7. D. 4.



Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Trong khong gian Oxyz, cho 3 diémM (2;1;-3), N(1;0;2); P(2;-3;5). Tim mét vecto phap
tuyén n clia mit phing (MNP) .
A. n(12;4;8). B. n(8;12;4). C. n(31;2). D. n(3;2;1).

Trong khong gian Oxyz, cho A(Z; —2;—3) , B(O; 2;1). Phuong trinh mét trung truc cua doan

thang 4B 1a

A —x+2y+2z+6=0. B. —x+2y+2z+3=0.

C. 2x+4y+4z-6=0. D. 2x-4y—-4z+3=0.
x=-14+2¢

Trong khong gian Oxyz, cho dudng thang d:{y=-7t , teR. Mot vecto chi phuong cua
z=2

duong thangd 1a

A. u(2;-7;0). B. u(-1;0;2). C. u(-1;-7;2). D. u(L;-7;2).

Trong khong gian Oxyz, cho A(1;3;—2) , B(l; 1;5) . Phuong trinh duong thing 4B 1a

x=1+2t x=1t x=1+t x=1
A.<y=3+4t ;teR. B.{y=-2+43t,teR.C.{y=3+¢t ,teR.D.{y=3-2t ,teR.
z=-2+43t z=1-2t z=-2+5t z==-2+Tt
¢ sin2x L . .
Xét tich phan 7 :J 1dx.Thl,Ic hién phép bién doi ¢ = cosx, ta c6 thé dua / vé dang nao
J cosx—
T
sau day?
(2t ¢ 2t [o2t ¢ 2t
A [ . B. [ —dr. C [—d. D. - [ ——dr.
1-¢ Jor—1 Bi- Jr—1
- 2 =

Cho F(x) 1a mot nguyén ham ciia ham s6 f(x) =xe' thod man F(O) B 3. Tinh F(l) .
A. 4. B. 3. C. 1. D. 0.

Ho tat ca cdc nguyén ham cta ham sé f(x) = - trén R 1a

(x2 +1)

A—2 v, B—L e co-—% s p-—L 0

(x +1) 4(x* +1) (x> +1)’ a(x* +1)

Cho F(x) la mdt nguyén ham ciia ham s6 f (x)=(x+3)e" thoa man F(0)=9.Tim F(x).

A. F(x):e (x—4)+13. B. F(x)=c"(x+4)+5.
F(x)=e"(x—2)+11. D. F(x)=¢"(x+2)+7.
Cho F(x) la mdt nguyén ham cia ham so f(x)=log,x trén khoang (0;+w) thod man

F(1)=0.Tinh F(2).

A2-Z B.2-—. c.o-—. D. 2+

In2 In2 In2 In2



Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

w (N

Biét I(24x+12cosx)dx:a+b\/§+c7z2 v6i a,b,c 1a cic sb nguyén. Tinh gid tri cua

6

S=a+b+c.
A. 0. B. 1. C.2. D. 3.
tx—1
Bit /= [=—dx=a—Inb. Tinh a+b.
X
A. -1. B. 5. C.6. D. -5.
3
Tich phan 1 = [ |2x—1|dx bang tich phan nao sau day?
-1

1

2 3 3
A T=[(2x=1)dx+[(1-2x)dx. B. [ = [(2x-1)dx.

-1 % -1

I

2 3 3
C. 1= [(1-2x)dx+[(2x—1)dx. D. 7= [(1-2x)dx.

-1 % -1
Trong khong gian Oxyz, cho tam gidc ABC biét A(l;—2;—1),B(O;l;4),C(2;0;3). Tinh dién
tich tam giac ABC.
A. —”1210. B. /110. C.%. D. /5.
Tim tat ca cac gia tri cia m dé phuong trinh x* + y* + 22 —2mx+4y —6z—3m+17 = 0 1a phuong
trinh ctia mat cAu.
A. me(—o0;—4)U(L;+0). B. me(—41).
C. me(-14). D. me(—o0;—1)U(4;+0).
Tim phuong trinh mat cAu (S ) biét tam 7 (O; I; —2) va mit ciu nay di qua diém E (2;1;—4) .
Ao X+ (y-1) +(z+2) =4. B. x> +(y+1) +(z-2)" =8.
C. x> +(y+1) +(z-2) =4. D. X’ +(y—1) +(z+2)" =8.
Trong khong gian v6i hé toa d6 Oxyz cho hai midt phing (P):2x+2y+z-1=0 va
(Q):x+3y+2z-5=0. Mit phiang di qua A(-1;1;2) dong thoi vudng goc voi ca (P) va (Q)
c6 phuong trinh 1a
A. x—y—4z+10=0. B.x+y+4z-8=0. C.x—-y+4z-6=0. D.x+y—-4z+8=0.
Trong khong gian vé6i hé truc Oxyz, mit phang di qua diém A(1;3; —2) va vuong goc voi duong

thang (d): % = y_—_ll = Z;:l ¢6 phuong trinh 1a

A. 2x+y+3z+7=0. B.2x+y-3z+7=0. C. 2x—y+3z+7=0. D. 2x—y+3z-7=0.



Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Trong khong gian véi hé truc toa d0 Oxyz, cho mit phang (P):x-2y—z+2=0 va dudng

thang a’:xz_1 = y;3 = 2_23. Phuong trinh tham s6 ciia dudng thang A di qua A(0;—-14),
vudng goc voi d va ndm trong (P) la:
x=>5t x =2t x=t xX=—t
A A:qy=—-1+t. B. A:qy=t . C.A:qy=-1 . D. A:qy=-1+2¢.
z=4+5¢ z=4-2¢ z=4+t z=4+t
x=2+t

Trong khong gian v6i hé truc toa dd Oxyz, cho duong thing d:{y=—1+¢ va mat phing
z=-1-t

(P):2x+y—2z=0. Dudng thang A nim trong (P), cit d va vudng gbéc véi d cb phuong

trinh la
x=1+¢ x=1-t x=1-t x=1+¢
A <y==-2. B.{y=-2. C.iy=-2+t¢. D.<y=-2.
z=—1 z=—1 z=—1 z=t

Biét rang ham s F(x) 1a mot nguyén ham ciia ham sé f(x) = JxInx vathéa man F 1= g

Ménh dé nao sau day la ding?

3 3
A. F(x)zgxz (3mvx-1)+C. B. F(x)zgxz (nvx-1)+C.
4 3 4 3
C. F(x)=—x2 (1n\/}—1)+1. D. F(x)=—x> (31nJ}—1)+1.
9 9
A A 1x . \ A 2x+1 N )
Cho F(x) la mot nguyén ham cua ham so f (x)= : — trén khoang
X' +2x +x

(0;+oo) théa man F(l) :%. Gia tri cua biéu thuc S = F(1)+F(2)+F(3)+...+F(2021)
viét dudi dang hén sb bang

A. 2021L. B. 2020;. C. 2019;. D. 2020L.
2022 2021 2021 2022

Tim nguyén ham F(x) ctia ham s6 f(x)= ax+%(a,b eR;x#0); biét F(2)=2, F(1)=3,
X

2 2 2 2
A Fo =212 g pm =412 e rm=2ilil bRl
2 x 2 2 x 2 2 x 2 2 x 2

4 3
Cho tich phan 1=IL.Dat t=~2x+1 taco I = [——dx, véi a,b,ceN va a,c
o (x+2)V2x+1 " bt” +c

nguyén t6 cung nhau. Tinh 7 =2a—b+3c

A.12. B. 8. C. 10. D. 14.



Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

3
Cho tich phan 1zjln(x+1)dx=aln2+bln3+c (a,b,ceZ). Tinh gia tri biéu thic
2

P=a+b+c
A. 1. B. 2. C. 3. D. 4.
¢ 2lnx+1 a
ho j dr=nZ-5 vai a, b, c 1a cac sb nguyén duong, bidt £: < 1a cac phan sb
. lnx+2 b d b d

t6i gian. Tinh gia tri a+b—c—d ?
A. 16. B. 15. C. 10. D. 17.

Trong khong gian Oxyz, cho duong thing (d):xT_1=y—_11=§

(P) :x+2y-2z=0. Goi (S) 12 mit cau c6 tim ndm trén dudng thing (d), c6 ban kinh nho

va mit phang

nhét, tiép xuc voi (P) va di qua diém A(I;Z;O) . Viét phuong trinh mat cau (S )
1Y 5Y 8\’ 2 2,

A. (S): =3+ y-3] *le73) =% B (S):(x=1) +(y+1) +27 =1.
1Y 5V 8\’ 2 2,

C. (S): x+§ + y—g + z—g =9. D. (S):(x—l) +(y—1) +z°=1.

Trong khong gian véi hé toa d0 Oxyz, cho tam gidc ABC c6 A(1;0;0), B(0;-2;3),C(1;1;1).
Phuong trinh mit phang (P) chira A4, B sao cho khoang cach tor C t6i (P) bang % la

A. x+y+z—-1=0 hodac —23x+37y+17z+23=0.

B. x+y+2z-1=0 hodac —23x+3y+7z+23=0.

C. x+2y+z—-1=0 hodc —13x+3y+6z+13=0.

D. 2x+3y+z—-1=0 hodc 3x+y+7z-3=0.

Trong khong gian Oxyz cho diém M (2; L l). Tén tai bao nhiéu mit phing di qua M va chin
trén ba truc toa do cac doan théng co do dai béng nhau va khac 0.

A. 2 B. 3 C.4 D. 1

Trong khong gian Oxyz , cho ba diém A4(2;1;3),B(3;0;2), C(0;-2;1). Goi (P) 1a mit phang di
qua A, Bvacach C mot khoang 16n nhat, phuong trinh ciia (P) la

A. 2x—y+3z-12=0. B.3x+y+2z-13=0.

C.3x+2y+z-11=0. D. x+y-3=0.

Cho ham s6 f(x) lién tyc trén R va thoa man £~ (x)+2f(x) =1-x véimoi x € R. Tich phan
If dx—— biét & ; 13 phan s6 t6i gian. Tinh a® +5>?

A. 11. B. 41. C. 305. D. 65.



Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cho ham s0 f'(x) nhan gi4 tri duong, c6 dao ham lién tuc trén doan [0; 3].
Biét £(3)=1va f(x).f(3—x)=e>"", véimoi x[0;3].
2 (x3 —9x2)f’(x)

Tinh tich phan 7 = dx.
e
A2 B. -22 c. -2 p. -2
5 10 5 5

Mot cong chao c6 dang hinh Parabol chiéu cao 18 m, chiéu rong chan dé 12 m . Nguoi ta cing

hai soi day trang tri AB, CD nam ngang ddng thoi chia hinh giéi han boi Parabol va mat dét

thanh ba phan c6 dién tich bang nhau (xem hinh v& bén). Ti sb % bang

18m

12m

A= B2 >
5

1
C. —. D. )
\/5 3/5 1+2\/§

Trong khong gian Oxyz cho hai diém A(-1;0;1), B(1;-2;3). Diém M thoa man MAMB =1,

diém N thudc mit phing (P):2x—y+2z+4=0. Tim gié tri nho nhat do dai MN .

A. 2 B. 1 C.3 D. 5

Trong khong gian Oxyz , cho mat cau (8):(x—2)"+(y—3)" +(z—5)" =9 va tam gisc ABC co
A(5;0;0),B8(0;3;0),C(4;5;0). Goi M (a;b;c) 1a diém thude (S) sao cho thé tich tir dién
MABC dat gié tri 16n nhat. Gid tri ciia a® +b° +¢* bang

A. 77. B. 38. C.17. D. 55.



Cau 1:

Cau 2:

Caiu 3:

Cau 4:

Cau 5:

HUONG DAN GIAI CHI TIET

[Mirc d§ 1] Trong cac ménh dé sau, ménh dé nao sai?
A. [If (x)dx=k[ f(x)dx v6i k 1a hing s khac 0.
B. If(x)g(x)dxsz(x)dxfg(x)dx
C. J[f(x)+g(x)]dx:J.f(x)dx+-[g(x)dx.

D. _[[f(x)—g(x)]dx:If(x)dx—jg(x)dx.
Loi giai

Ménh dé [ f(x).g(x)dx=[f(x)dr.[g(x)dr la ménh dé sai.

[Mire @9 1] Ham s6 F(x) nao dudi day la mot nguyén ham clia ham sé f(x) =2021x*"?
A. F(x)=x"". B. F(x)=x™".
C. F(x)=2020x""".  D. F(x)=2020x"".

Loi giai
Ta co: (x2021 )’ =2021.x" = f(x) = F(x) =x"

[Mite @ 1] Tim nguyén ham ciia ham s& f(x) =sin8x .

A. J.sin8x.dx=80058x+C. B. Isin8x.dx=—%cosSx+C.
C. IsinSx.dx:éc058x+C. D. IsinSx.dxzcosSx+C.
Loi giai

. -1
Theo cdng thirc nguyén ham mé rong: Ism (ax+b).dx=—cos(ax+b)+C, ta co:

a
. —cos8x
J.sm8x.dx= +C.
[Mire d§ 1] Tinh j (XS —3x+l)dx két qua 1a
X
4 3
A. x——gxz +1n|x|+C. B. x——lx2+ln|x|.
4 3 3 3
4 3
C. x——ixz +ln|x|+C. D. x——£x2+ln|x|.
4 2 3 3
Loi giai
4
Taco: J x3—3x+lex= x——3x2+ln|x|+C.
X 4 2
» A < A 1 l & \ A A ’ \
[Mire do 1] Biéct Jz—dx:——+C, v6i a 1a so nguyén khac 0. Tim a.
16x" —24x+9 a(4x—3)
A.12. B. 8. C.6. D. 4.

Loi giai



1
Taco: | ! dr = | N N ——e
16x" —24x+9

Viy a=4.

[Mire d¢ 1] Mot nguyén ham F(x) ctia ham s6 f(x) = cos5x.cos3x la

A. F(x)=-[Sn8x  sin2x) B. F(x)=sin8x.
2 8 2
1(1 . 1 .
C. F(x)=cos8x. D. F(x)=—| —sin6x+—sin4x |.
2\6 4
Loi giai

Ta co: jcosSx.cos3x.dx=I%(cosSx+cos2x)dxZ%(Smgx szx]+C.

+
8 2

sin8x sin2x
+ )
8 2

Viy F(x) %{

[Mire d§ 1] Gia st ham sé f(x) lién tuc trén khoang K va a , b , ¢ 1a ba so thyc bat ki thuge

K. Khing dinh nao sau day sai?

A _b[f(x)dx:—jf(t)dt. B.

C.

Q C— >

b c
f(x)dx = [ £(£)dt.D. [ (x)dx+ [ £ (x)dx=
Loi giai
Do tich phan chi phu thudc vao f vacéccan a, b , ¢ khong phu thudc vao bién sd x hay ¢#nén

If(x)dxzi[f(t)dt.

[Mirc d6 1] Dién tich hinh phing duoc gidi han boi d6 thi cuia ham s y = 2x°, truc hoanh va
hai dudng thang x=—1;x=11a
A.S=—l. B. §=0. C.S=l. D. §=1.
2 2
Loi giai

Ta c6 2x’ <0 trén doan [-1;0] va 2x* >0 trén doan [0;1].

Ap dung cong thic S = i|f(x)|dx ta co:

0 4 1

S:j|2x3|dxzf(—2x3)dx+j2x3dx=—%4 ~1.
1 -1 0

X
+—
2

-1

0



Cau9: [Miwc do 1] Biét F(x)=x" la mot nguyén ham cua ham s6 f(x) trén R. Gié tri cia

2

j[1+f(x)]dx bing

1

AB B. 12. c. 9 D. 8.
3 3

Loi giai

2

Taco: [[1+f(x)]de=(x+x) 12=10—2=8.

Ciu 10: [Mikc d 1] Goi S 1a dién tich cua hinh phing giéi han boi cac duong y=3*, y=0, x=0,

x =1. Ménh dé nao dudi ddy ding?
1

A. S:ﬂj3xdx. B. S=j33de. C. S=7rj.33’“dx. D. S=j3de.
0 0 0

0

Loi giai

1
3*r = [3"dx (do 3" >0,Vxe[0;1]).
0

1
]

Céau 11:  [Mikc d9 1] Tinh dién tich phan hinh phang gach chéo (tam gidc cong O4B) trong hinh v& bén.

Cly
5 y=4x =]
+
&
£ = — - /
N
&
3 _;"f
A Yz B. & c. 1z p. 4
3 3 3 - 3
Loi giai
Duya vao d6 thi, dién tich hinh phang can tim 1a
1 3
1 3 -3 3
S:I4xdx+j(x2—6x+9)dx:2(x2) +(x ) :2+§=E.
0 1 O 3 1 3

14
Vay S =—.
1y 3



Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

[Mite @9 1] Tinh thé tich ¥ cta phan vat thé giéi han boi hai mit phing x =2 va x =3, biét
rang khi cét vat thé boi mdt phang vuéng goc voi truc Ox tai diém c6 hoanh d6 x (2<x<3)

thi duoc thiét dién 1a mot hinh chit nhat c6 do dai hai canh 1a x va Vx* =3 .

A. V=(6*/g_l}z. B. V=(6*/g_1]7z. C. V=6\/g_1. D. V= 66 -1

3 2 2 - 3

Loi gii
Dién tich thiét dién la: S(x)=xA/x*=3.

3
Thé tich vat thé 1a: ¥ = jx.\/ﬁ ~3dx.
2

Pat t=vx’ 3=t =x"-3=tdt=xdx va x=2=1¢=1; x=3=1t=46.

Je 3 _
=V = jtzdtzt—\/g:&/g L
1 30 3
[Mite @ 1] Goi D 14 hinh phang gi6i han boi cac duong y =€,y =0,x=1 va x =2. Thé tich
ctia khdi tron xoay tao thanh khi quay D quanh truc Ox bang
2 2 2 2
A. J.e“dx. B. ﬂj edx. C. J.eﬁxdx ) D. ﬂjeﬁxdx )
1 1 1

1
Loi giai

Thé tich ctia khdi tron xoay tao thanh khi quay D quanh truc Ox 1a

V= ﬁj(e” )2 dx = 7Z'.2[ e dx.

1 1
Trong khong gian Oxyz, cho hai diém A(3;1;—2) va B(2; 4;1) . Vecto AB ¢6 toa dd la
A. (-1;3;-3). B. (1,-3;-3). C. (-3;3). D. (-1;3;3).
Loi giai

Ta co: AB= (-1;3;3).

[Mire d6 1] Trong khong gian Oxyz, cho M (1;—%;—3) , N(O;—%;lj . D0 dai doan théng MN
bang
A. 13, B.g. C. 4. D. J17.

Loi giai

Taco: MN =(-1;0;4) = MN =/(-1)’ +0* +4* =17 .

[Mire d9 1] Trong khong gian Oxyz, cho A4(1;-2;3), B(2;-4;1), C(2,0,2), khi d6 AB.AC
bang
A. 1. B. 5. C.7. D. 4.



Cau 17:

Cau 18:

Cau 19:

Cau 20:

Loi giai
Taco: AB=(1;-2;-2), AC =(1;2;-1) = AB.AC =1.1+(-2).2+(-2).(-1)=-1.

[Mire do 1] Trong khong gian Oxyz, cho 3 diémM(2;l; —3) , N(l; 0;2) ; P(2; —3;5). Tim mot
vecto phap tuyén n ctia mat phang (MNP).
A. n(12;4;8). B. n(8;12;4). C. n(31;2). D. n(3;2;1).

Loi gidi
Ta c6: MN =(-1-15); MP = (0;-4;8) = [W,W] =(12;8;4)= n =(3;2:1).

[Mirc dd 1] Trong khong gian Oxyz, cho 4(2;-2;-3), B(0;2;1). Phuong trinh mat trung tryc
cta doan thang AB la
A, —x+2y+2z+6=0.B. —x+2y+2z+3=0.
C. 2x+4y+4z-6=0.D. 2x—4y—-4z+3=0.
Loi gii

Goi M latrung diém AB= M (L,0;-1); AB =(-2;4;4)
Goi (P) 1a mit phang trung truc cia doan thang AB. Khi d6 (P) di qua M va nhén

AB=(-2;4;4) 1am VTIPT = (P):2(x-1)+4(y-0)+4(z+1)=0 <& 2x+4y+4z+6=0
—x+2y+2z+3=0.

x=—-1+2¢

[Mite @ 1] Trong khong gian Oxyz, cho duong thing d:{y=-7t , teR.Mbdt vecto chi
z=2

phuong ciia dudng thangd 1a

A. u(2;-7;0). B. u(~1;0;2). C. u(-1;-7;2). D. u(L;-7;2).

Loi giai

Mt vecto chi phuong ciia duong thangd 1a u(2;-7;0).

[Mirc d 1] Trong khong gian Oxyz, cho A(1;3;-2), B(1;1;5). Phuong trinh duong thing AB
la
x=1+2¢ x=1t x=1+t¢ x=1
A.3y=3+4t ,teR. B.{y=-2+43t,teR.C.qy=3+¢t ,teR.D.<y=3-2¢t ,teR.
z=-2+3t z=1-2t z=-2+5t z=-2+Tt
Loi giai

Ta co: AB=(0;-2;7)



Cau 21:

Cau 22:

Cau 23:

Cau 24:

Puong thang AB di qua A(l; 3; —2) va nhan AB = (O; —2;7) lam vecto chi phuong c6 phuong

x=1
trinhla: < y=3-2¢t ,telR
z=-2+7t
© sin2x L.z 2
[Mire d 2] Xét tich phan [/ :'[ 1dx.Thl,J:c hién phép bién doi ¢ = cosx, ta c6 the dua 7
2 cosx—
vy
vé dang nao sau day?
1 0 1 0
2 2
A [La. B. jidx. c. [La. p. - [2ar
1-t Jr-1 st -1
- 2 =
Loi giai
Ta co: t =cosx = df =—sinxdx.
Khix:ithizzﬁ;khixzothir:l.
4 2
0 . 1 1
Vay I = J~ s1n2x _ J~ 2smxcosx J- dt _ J-idt
COSX — 1 £ cosx—1 ﬁ N t
4 2 2

[Mire d§ 2] Cho F(x) 1a mdt nguyén ham ctia ham s6 f(x)=xe" thoa man F(0)=3. Tinh
F(1).
A 4. B. 3. C. 1. D. 0.
Loi gidi

Ap dung quy tic nguyén ham timg phan: F(x)= J-xexdx = J.xde" = xe" —Ie"dx =xe'—e'+C.

Do F(O):3 nén C=4.Suyra F(x):xex—ex+4.Tinhduqc F(l):4.

[Mire d§ 2] Ho tat ca cac nguyén ham ciia ham s f(x) = - trén R 13

(x2+1)
24 —+C. B.%+C. C. - 24 _+C. D _%Jrc.
(x +1) 4(x +1) (x +1) 4(x +1)

Loi giai

+C.

Ta c6: .[f(x)dxzj. 2x de:J.d(x2+15):_ ! n
(x*+1) (¥ +1) 4(x7+1)

[Mtre @ 2] Cho F(x) la mot nguyén ham cua ham sé f(x)=(x+3)e" thoa man F(0)=9.

Tim F(x)

A. F(x)zex(x—4)+13. B

C. F(x)=¢"(x-2)+11. D. F(x)=¢"(x+2)+7.



Loi giai
Ap dung nguyén tic nguyén ham timg phan:

F(x)=j(x+3)exdx=e" (x+3)—J.e"dx=ex(x+3)—e" +C=¢"(x+2)+C.

Do F(O)=9 nén C =7.Suyra F(x):ex(x+2)+7.

Ciu25: [Mitcdd2] Cho © (%) 14 mot nguyén him ctia ham sé 7 (x)=logyx o) khoang (0:4°) thoa

man F(1)=O' Tinh F(Z).
A2 B.2-—>_ co2-L D.2+2 .
In2 In2 In2 In2

Loi giai

Ap dung nguyén tic nguyén ham timg phan:

F(x)zj‘log2 xdx:xlogzx—jxdlogzx:xlogzx—ﬁjdx:xlogzx—ﬁ.kc.

Do F(1)=0 nén C:ﬁ. Suy ra F(x):xlogzx—ﬁ+é. Tinh dugc F(2):2—ﬁ.

Cau26: [Mic do 2] Biét [(24x+12cosx)dx=a+b\3 +cx’ v6i a,b,c 1 cac sb nguyén. Tinh gia tri

NN —— |y

cuia S=a+b+c.

A. 0. B. 1 C.2. D. 3.
Loi giai
3 3 3 3 3
[(24x+12c0sx)dx = 12[2xdr+12[cosxdx = 12(x*)| +12(sinx)| =—6+63+7’.
§ § G z z
6 6
Do do,tacd a=—6,b=6,c=1,suyra S=1.
. fx—1
Cau 27: [Ml’rcd(f)Z]BiétI:I—dx:a—lnb.Tinha+b.
X
1
A. -1. B. 5. C.6. D. -5.
Loi giai

. px—1 o1 3
Ta ¢ zr=!Tolx=!(1—;de:(x—ln|x|)|l =2-1In3
Suyraa=2b=3=a+b=5.

3
Cau 28: [ Mirc @9 2] Tich phan [ = j |2x —1|dx bang tich phan nao sau déy?
-1



1
2 3 3
Ao T=[(2x=1)dx+[(1-2x)dx. B. [ = [(2x-1)dx.
-1 % -1
L
2 3 3
C. I=[(1-2x)dx+[(2x—1)dx. D. 7= [(1-2x)dx.
-1 % -1
Loi gidi
1
2x—1 khi x> —
Ta c6 |[2x 1= 2

1-2x khi x<l
2

2
Do do6 1= [(1=2x)dx+ [(2x—1)dx
-1

BN | — C— L

Cau 29: [ Mirc d¢ 2] Trong khong gian Oxyz , cho tam giac ABC biét A(l;—2;—1),B(O;l;4),C(2;O;3)
. Tinh dién tich tam gidc ABC.

A. —“1210. B. J110. c.g. D. /55.
Loi giai

Tacod AB = (—1;3;5),?5 =(2-1-1) = [ZE,?@] =(2;9;-5)

= Sse =%\/4+81+2 =—'1210.

Cau30: [Miéc d 2] Tim tit ca cac g4 tri caa m dé phuong trinh

x*+ ' +2° —2mx+4y—6z—3m+17 =0 la phuong trinh ctia mit cau.

A. me(—0;—4)U(L;+40). B. me(—41).
C. me(-14). D. me(—o0;—1)U(4;+0).
Loi gidi

Taco a=m;b=-2;c=3;d =-3m+17
Phuong trinh di cho 13 phuong trinh mit cau
oSm’+4+9+3m—-17>0
oS m’+3m—-4>0
< me(—o0;—4)U(1;+0)
Cau 31: [Mirc d 2] Tim phuong trinh mit cau (S ) biét tam J (0;1;—2)V£1 mit cau nay di qua diém
E(2;1;-4).
A X+ (y-1) +(z+2) =4. B. x> +(y+1) +(z-2)" =8.



Cau 32:

Cau 33:

Cau 34:

C. x*+(y+1) +(z-2) =4. D. x*+(y-1)" +(z+2) =8.

Loi giai
Tir gia thiét suy ra mat cau (S) c6 tam 7(0;1,-2) vabankinh R=/E =4+0+4 =+/8
= phuong trinh mt cau (S): x’ +(y—1)2+(z+2)2 =8.

[Mire d§ 2] Trong khong gian v6i hé toa do Oxyz cho hai mit phang (P):2x+2y+z-1=0
va (Q):x+3y+z-5=0.Mit phing di qua 4(-1;1;2) dong thoi vudng goc véicd (P) va (Q)
c6 phuong trinh la
A. x—y—4z+10=0. B.x+y+4z-8=0. C.x—-y+4z-6=0. D.x+y—-4z+8=0.

Loi giai
Goi mit phing can tim 13 ().

Ta c6 vecto phap tuyén ctia mét phang (P), (Q) lan luot la: n = (2;2:1), n, = (L,3:1).

Mit phing (o)dong thoi vuéng goc véi ca (P) va (Q), suy ra (a)co mot VIPT la
ﬁz[i,@]z(—l;—lﬂ)

Mit phang («)di qua diém A(—l;l;2) suy ra phuong trinh tong quat ctia mp(a)lé:
—1(x+1)-1.(y-1)+4(z-2)=0 < —x-y+4z-8=0<x+y—4z+8=0.

[Mire d§ 2] Trong khong gian voi hé truc Oxyz, mit phang di qua diém A(1;3;-2) va vuéng

goc voi duong thang (d): % = y—_ll =z ;rl ¢6 phuong trinh 13

A.2x+y+3z+7=0. B.2x+y-3z4+7=0. C. 2x—y+3z+7=0. D. 2x—y+3z-7=0.
Loi gidi

Goi (e) 1a mat phang can tim. Vi (&) L (d) = 1w =uw) =(2-1;3)

Taco: (o) di qua A(1;3;-2) va c6 vécto phap tuyén la n ,, =(2;-1;3).

Do d6 phuong trinh tong quat ciia mit phing (a) la:

2(x=1)=1(y—=3)+3(z+2)=0 hay 2x—y+3z+7=0.

[Mire d§ 2] Trong khong gian v6i hé truc toa dd Oxyz , cho mit phang (P):x—2y—z+2=0

x-1 y+3 z-3

va duong thing d: . Phuong trinh tham s6 cua duong thang A di qua

A(0;-1;4), vudng goc véi d va ndm trong (P) la:
x=>5t x =2t X= x=—t

A Arqy=-1+t. B. A:qy=t . C.A:qy=-1 . D. A:qy=-1+2¢.
z=4+5t¢ z=4-2¢ z=4+¢ z=4+t¢



Cau 35:

Cau 36:

Loi giai
Tathdy: de (P) Mit phang (P) c6 vécto phap tuyén n= (1;— 2;— 1) , duong thang d c6 vécto
chi phuong u, =(2;1;-2)

Vi dudng thang A di qua A(0;—1;4), vudng gbc véi d va nim trong (P) nén dudng thang A

c6 vécto chi phuong 1a E:[ﬁ,ﬁd}z(S;O;S) hay Z:(I;O;l)

x=t
Khi d6, phuong trinh tham sb ctia dudng thing A:4y=—1
z=4+t

x=2+t
[Mire d§ 2] Trong khong gian véi hé truc toa d Oxyz , cho duong théng d:3y=—-14+¢t vamat
z=-1-t

phing (P):2x+y—2z=0. Puong thing A nam trong (P), cit d va vudng goc véi d cb

phuong trinh 1a
x=1+t¢ x=1-t x=1-t¢ x=1+t
A <y==-2. B.{y=-2. C.iy=-2+t¢. D.<y=-2.
z=—1 z=—1 z=—1 z=t

Loi giai
Duong thang d di qua M (2;-1;-1) va c6 VTCP: u, =(L1-1).
mit phing (P)co VTPT: np) =(2;1;-2)

Mg (P) ,
Nhén thay = d cat (P).Taco d N(P)={4}= A(1;-2;0).
n( )ud #0

qua A(1;-2;0)
Phuong trinh duong A < . . .
u, = [n(,,),ud} =(1;0;1)

x=1+t
= Phuong trinh duong A la: {y=-2 .

z=t
[Mite d9 3] Biét rang ham s6 F(x) 1a mot nguyén ham ctia ham s6 f(x) = JxInx va thoa man
FQ)= g Ménh dé nao sau day la ding?
A F(x)=2x 3(31n\/_ ) B. F(x)=—x z(mx/_ )
9 9
C. Fix)=2 i(ln\/— 1)+1. D. F(x)=2x ;(3ln\/— 1)+1.
9 - 9



Cau 37:

Loi gidi
I=[f(x)dc=[VxInxdr.

duzldx

=Ilnx x

u
bat: { ta co .
dv = /xdx _%x\/;

V=

3
I=§x\/;lnx—§j\/;dx=§x«/§lnx—%m/§+€=%x2 (3ln\/;—l)+C

vi F(1)= §nen =C=1.

3
Vay F(x)zgxz (3lnx/;—1)+1

2x+1

3

7 - trén khoang
X +2x +x

[Mire d9 3]. Cho F(x) la mdt nguyén ham ciia ham sé f(x) =
(0;+0) thoa man F (1) :%. Gid tri ctia bidu thitc § = F(1)+ F (2)+ F (3)+...+ F (2021)

viét dudi dang hon s6 bang

A. ZOZIL B. 2020; C. 2019;. D. 2O2OL
2022 2021 2021 2022
Loi giai
Ta cb f(x): 2x+1 _ 2x+1

xt 2%+ 27 xz(x+])2.
bat t=x(x+1):x2 +x :>dt:(2x+1)dx.
1 1

Khi d6 F(x jf )dx = j de = C:_x(x+1)

+C.

Mackio, F(1)=1 Lol ont

1

1.
x(x+1)+

Viay F(x)z—

Suy ra

§=F(1)+F(2)+F(3)+...+ F(2021) = _(%HL L, ;j +2021

34 20212022
1 111 1 1
S YRS L UL NS B Y
22 3 3 4 2021 2022

1 = 2020;.
022 2022

J+2021

=2020+
2



Cau 38:

Cau 39:

Cau 40:

[Mire @ 3] Tim nguyén ham F(x) cta ham s6 f(x) = ax +i2(a,b eR;x #0); biét F(2)=2,
X

1) 1
F(l)=3, F(E]—

8
2 2
A. F(x)=x——l+2, B. F(x):x_+l+2.
2 x 2 2 x 2
2 2
C. Foo=+til p pa=-2_1.2
2 x 2 2 x 2
Loi giai
fe en , , b ax’> b
X¢ét trén khoang (0;+0). Ta cé: F(x)= J(ax +—)dx = - -——+C
X X

FQ)=2a-2vc=2; Fy=%—prc=3; F[| 1|29 2prcL
2 2 2)°8 8

Suy ra: a=—1,b=1,C=%

1

Véy F(X) :—7—;4‘%

3
[Mire d9 3] Cho tich phan 1=TL. Pt t=+2x+1 ta c6 I =[——dx, véi
o (x+2)V2x+1 " bt” +c
a,b,c e N va a,c nguyén t6 cung nhau. Tinh 7 =2a—b+3c
A.12. B. 8. C. 10. D. 14.
Loi giai

Pit t =v2x+1 = =2x+1= 2¢dt = 2dx = dx = ¢dt
Pdican: x=0=1=1

x=4=1¢=3

dt

Suyra:I:j‘ > 1t i 2

1[; —1+2} 43
2

Vay: a=2,b=1,c=3 hay T=2a-b+3c=12

3
[Mire d 3] Cho tich phan 7 = J-ln(x +1)dx=aln2+bmn3+c (a,b,c eZ). Tinh gia tri biéu thirc
2

P=a+b+c
A. 1. B. 2. C. 3. D. 4.
Loi giai

Dat uzln(x+l):>du:de
x+1

dv=dx chon v=x+1.



3 3
Ta c6: 1=j1n(x+1)dx =(x+1)In(x+1)] —jdx =8In2-3In3-1.
2 2

Vay: P=a+b+c=8-3-1=4.

Cau4l: [Muc df 3] Cho J- 2Inx+1 dr=nZ-< véi a, b, c 1a cac sb nguyén duong, bidt £:< 1a
1x lnx+2 b d b d
cac phan s6 t6i gian. Tinh gid tri a+b—c—d?
A. 16. B. 15. C. 10. D. 17.
Loi giai
bat t=2+1nx:>1nx=t—2:>%=dt.
X

Pdican: x=1=¢=2; x=e=t=3.Khido:

e 32 t— 3
1= 2lnx+12dx=j j(———j (2ln|t|+§j —m2-L
1 x(Inx+2) > ! t), 4 2
Vay a+b+c+d=9+4-1-2=10.
Cau42: [Mirc d9 3] Trong khong gian Oxyz, cho duong thing (d):xT_l=y—_11=§ va mit phang

(P) :x+2y-2z=0. Goi (S) 12 mat cAu c6 tim nam trén duong thang (d), c6 ban kinh nho

nhat, tiép xtc véi (P) va di qua diém A(I;Z;O) . Viét phuong trinh mat cau (S )
1Y 5Y 8\’ 2 2,
A. (S): x|+ 3] HEmg) =0 B. (S):(x—1) +(y+1) +2z°=1.
1Y 5Y’ 8\’ 2 2,
C. (S): x+§ + y—g + z—g =9. D. (S):(x—l) +(y—l) +z°=1.
Loi giai
Goi 1, R lan lugt 1a tAm va ban kinh ctia mat cﬁu(S). Ta co: Ie(d).

:>I(l+t;1—t;4t):>Z:(t;—t—l;4t). (S) tiép xtic véi (P) va A nén ta co:

t=0 =R=1

R=Al=d; ,, SNI8 +2+1=[1-3| =97 +8 =0 8_ p LI
t=— =

9 3

Do mit cau (S) ¢6 ban kinh nho nhit nén ta chon 1 =0, suy ra I(l; 1;0),R =1.

Vay (8):(x=1)" +(y-1) +22 =1.

Cau43: [Muc do 3] Trong khong gian véi hé toa dd Oxyz, cho tam giac ABC co
A(1;0;0), B(0;-2;3), C(1;1;1). Phuong trinh mat phang (P) chita 4, B sao cho khoang céch tir

C t6i (P) bang 21

NG



Cau 44:

. X+y+z—-1=0 hodc —23x+37y+17z+23=0.
x+y+2z—1=0 hodc -23x+3y+7z+23=0.
. x+2y+z—1=0 hodc —13x+3y+6z+13=0.

S A w I

. 2x+3y+z—-1=0 hodc 3x+y+7z—-3=0.

Loi giai
Gia st n = (a;b;c) 1a véc to phap tuyén ciia mat phang (P).
Tacé n L AB=(-1;-2;3)=—a—2b+3c=0=>a=-2b+3c.

b+
(P):ax+by+cz—a=0:>d(C;(P))=&=i_

@ +b+c” 3

& Blb+d=2yb +¢ +(=2b+3¢)’ 175" ~54be+37¢* = 0.

b=c {b:c:l

& <
bzf—;c c=17,b=37

THI: b=c=1=a=1=(P):x+y+z-1=0.
TH2: b=37,c=17T=a=-23=(P):-23x+37y+17z+23=0.

[Mire do 3] Trong khong gian Oxyz cho diém M (2; I; 1) . Ton tai bao nhiéu mat phéng di qua

M va chin trén ba truc toa do cac doan théng co do dai bfing nhau va khac 0.
A. 2 B. 3 C. 4 D. 1
Loi giai

Gia str A(a;0;0), B(0;5;0),C(0;0;¢)véi ab.c+0.Khi do phuong trinh mét phang (ABC)

cédang£+l+£:1.
a b c
L. 2 . .2 1 1
Vi mit phang di qua M (2;1;1) nén —+Z+—:1(*).
a c

b=+a

Theo bai ra ta ¢6 OA:OB=OC<:>|a|=|b|:|c|<:>{ :
c=%a

a
u‘x(*):si=1:»a=4:»(ABc):f+l+i 1.
=a a 44 4

b
Truong hop 1 : {
c

. b=a 2
Trudng hop 2 : tr ()=>==1=a=2=(4BC):

X
—+
c=-a a 2

fr (%)= 2 =1=a=2=(4BC):~
a a 2

b=-a
Cc=

Truong hop 3 : {

b 5 .
Truong hop 4 : { tor (¥*) = 0=1 vo nghiém suy ra khong ton tai mat phang.
c

Vay c6 3 mit phing thoa mén yéu cau bai toan.



Cau 45:

Cau 46:

Cau 47:

[Mire d 3] Trong khong gian Oxyz, cho ba diem 4(2;1;3),B(3;0;2), C(0;-2;1). Goi (P) la
mit phang di qua 4, B va cach C mdt khoang 16n nhét, phuong trinh cua (P) 1a
A.2x—y+3z-12=0. B.3x+y+2z-13=0.C. 3x+2y+z—-11=0.D. x+y—-3=0.

Loi giai

Goi H,K lan lugt 14 hinh chiéu cua C1én mit phang (P) va doan thing 4B .

Tacé CH =d(C,(P))<CK =d(C,(P)) lénnhatkhi H =K.

Khi d6 mat phang (P) di qua 4, B va vudng goc voi mét phing (ABC )

Taco 1, =| ey, AB | = (-9-6;-3)

ABC)
= (P):3x+2y+z-11=0.
[Mire d9 4] Cho ham s f(x) lién tuc trén R va thoa man f°(x)+2/(x)=1-x véi moi
xeR. Tich phan j f(x)dx =% biét % 1a phan 6 ti gian. Tinh a® +5°?

>

A1l B. 41. C. 305. D. 65.
Loi giai

it £ = f(x) thi £ +2¢=1-x, suyra (3’ +2)dt = —dx.

Véi x=-2tacd £ +2t-3=0,suyra t=1.
Véi x=1taco £ +2t=0,suyrat=0.
1 0 1

Taco [ f(x)de==[¢(37 +2)dt=j.(3t3 +2t)dt=(%t4 +t2j =

-2 1 0

Vay a® +5° =49+16=65.
[Mire d 4] Cho ham s6 f'(x) nhan gi4 tri dwong, c6 dao ham lién tuc trén doan [0; 3].
Biét f(3)=1va f(x).f(3-x)= e 5" vimoi x e [0;3].

2 (x3 —9x2)f'(x)

Tinh tich phan 7 = I dx.
0

f(x)
A B. -2 c. - %6 p. -2
5 10 5 5
Loi giai

Theo gia thiét, ta c6 f(x).f(3-x)= e* " va f(x) nhan gia trj duong nén

ln[f(x).f(3—x)]zlne2x2_6x < Inf(x)+In f(3-x)=2x"—6x.

Mt khac, voi x=0,tacd f(0)./(3)=1va f(3)=1nén f(0)=1.



Cau 48:

2x —9x? )f( )
/(%)

Xét [ = j dx, ta co I=j.(2x3—9x2).
0

dv=

13 0.2

u=2x" —9x ,{du—(6x2—18x)dx
ta cod
f(x)

Pit de v=Inf(x)

Suyra [ :[(2x3 —9x2)1nf(x)l3)

—j'(6x2 —18x).lnf(x)dx :—JS.(6x2 —18x).lnf(x)dx (1)

Pén day, d6i bién x=3—-¢t=dx=—-dsr. Khi x=0—>7=3 va x=3—->¢=0.

Tacé I = —}(&2 ~18¢).In £ (3-1)(=dt) =

3

O'—.w

(66> =18¢).In £ (3—1)dt

3
Vi tich phan khong phu thudc vao bién nén I = —J‘(6x2 —18x).1nf(3 —x)dx (2).

0

3
Tur (1) va (2) ta cong vé theo vé, ta duge 27 = —“-(6x2 —18x).[1nf(x)+lnf(3—x)]dx

0

3
Hay [ =-— lj 6x” —18x). 2x2—6x)dx=—&.
20 5

[Mire d¢ 4] Mot céng chao c6 dang hinh Parabol chiéu cao 18 m, chiéu rong chan dé 12m.
Ngudi ta cang hai soi dy trang tri AB, CD nam ngang dong thoi chia hinh gi6i han boi Parabol

va mit dat thanh ba phan c6 dién tich bang nhau (xem hinh v& bén). Ti s6 % bang

18m

12m

(NN

1 D
3/5 .1+2\/§.

Loi giai

1
A —=.
2

Chon h¢ truc toa d0 Oxy nhu hinh v&.



Cau 49:

=]
¥

- .

il

e n
. t=

B 18m
=
Phuong trinh Parabol ¢6 dang y =a.x” (P).
(P) di qua diém c6 toa o (—6;—18) suy ra: —18 = a.(—6)2 Sa= —% = (P):y= —%xz )
Tt hinh V€ ta co: %:i—:

Dién tich hinh phang gidi ban boi Parabol va duong thang AB:y = —%xlz la

X

R 1 1 1, " 2
S, =2 {——xz —(——xzzﬂdx =2[—— —+—x; ] ==X

! 2 2 3

. 1
Tir gia thiét suy ra S, =28, < x> =2x° & =
g y 2 1 2 1 X, %/5
vig AB_x_ L
CD x, 2

[Mirc do 4] Trong khong gian Oxyz cho hai diém A(—l; 0; 1), B(l; —2;3). Piém M théa man
MAMB =1, diém N thudc mit phang (P):2x—y+2z+4=0. Tim gia tri nh6 nhat do dai MN
A. 2 B. 1 C.3 D.5

Loi giai
Gia st M (x; y;z):m=(x+l; y;z—l),m=(x—l;y+2;z—3).

MAMB=1& x* —1+y* +2y+z° —4z+3=1 X’ +(y+1) +(z2-2) = 4.



Suy ra tap hop diém M thudc mit cu (S) tam 7(0;-1;2) bankinh R=2.
Taco d ([;(P)) =3 > R nén mit phang khong cit mit cau.

Goi H 1a hinh chiéu cia I 1én mat phéng (P) , K la giao diém doan IH v&i mat cau (S ) Ta
dé dang chimg minh dugc MN > KH =IH -R=d(I;(P))-R=3-2=1.
Vay gia tri nho nhat 46 dai MN bang 1.

Cau 50: [Mirc df 4] Trong khong gian Oxyz, cho mit cau (S): (x—2)2 +(y—3)2 +(z—5)2 =9 va tam
gidc ABC c6 A(5;0;0),B(0;3;0),C(4;5:0). Goi M (a;b;c) la diém thuge (S) sao cho thé tich
tr dién MABC dat gié tri 16n nhat. Gid tri cia a® +b° +¢* bang
A. 77. B. 38. C.17. D. 55.

Loi gidi
Mit cau () c6 tam 1(2;3;5) va ban kinh R =3
Mit phang (ABC ) co phuong trinh z=0_

Ma d (I,(ABC)) = 5> R suy ra mit phang (ABC) khong cit mat cau (S)
Thé tich tir dién MABC 1a V = %d(M,(ABC)).SABC

D& V7 6 thé tich 16n nhat thi d (M ,(4BC)) phai lén nhét
Goi d 1a duong thing qua M va vudng goc mit phang (ABC)
=M =d ~(S)=d(M,(ABC)) 16nnhétkhi [ ed.

x=2

. . 3 t=3
Vay phuong trinh duong thang d:{y =3 . Thé vao pt mat cau ta tim duoc [

t=-3
z=5+t
Vay taco M, (2;3;8), M,(2;3;2). Nhan thiy d(M,,(4BC))>d(M,,(4BC)).

Do dotoado M la M(2;3;8).



Cau 1:

Cau 2:

Cau 3:

Cau 4:

Caiu 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

PE ON TAP KIEM TRA GIUA HOC KY II
MON: TOAN 12 - BE SO: 05

I(3x2+l)dx bang
x3
A 3x+x+C. B. X +x+C. C. **+C. D.§+X+C.

Ho tit ca cac nguyén ham ctia ham sb f(x)=2005x—sinx la
A. 2sinx—cosx+C. B. -2sinx—cosx+C.C. 2sinx+cosx+C. D. -2sinx+cosx+C.
J.2x(x2+l)4dx bang
2 5 2 5
N (x7+1) e B ( c. 2(x*+1)
5 4 5

Jsin (3x - %jdx béng

+C. D. (x2+1)5+C.

A. lcos(3x—lj+C. B. —cos(3x—lj+C.C. —lcos(3x—1j+c, D. —lsin(3x—lj+c,
3 3 3 3 3 3 3

J.(x +5" )dx béng

2 X 2 ¥ .
A-X—Jr5 +C. B.x—+5x.ln5+C, C. 1+ 2 +C. D. X +—+C.
2 In5 2 In5s Ins
J-\/1+3lnx.lnxdx biing
X
2 2 2 1+3lnx 1
A. 5(1+3Inx) [(1+3Inx)" ~1]+C. B. (1+3Inx)V1+3Inx 3¢

C. %(1+3lnx)\/1+3lnx(l+3slnx—1]+C. D. %(1+3lnx)\/l+3lnx(l+351nx—lj+C.

3 3

e (4 (0)+ ['(x) =2y f ()

,Vx20 va £)=1. Tinh
f(x)>0

Cho ham s6 f(x) thoa min {

I= lnf F(x)dx .

AT L B./—_1 c.r=>7 D.7—_"_.

12 127 320 640

Biét rang g(x) 1 mot nguyén ham ctia f(x) =(x+1)sinx va g(0)=0, tinh g(x).

A. 0. B. 7+1. C.7+2. D. 1.
, fx+1
Tinh I=J1-2\/;.dx.
Ar=2 B.I1=2. c. =19, D. /==

3 3



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cho jf(x)dx:a Khi d6 jde bing

e
A 3. B. &’ C. 3¢, p. 3.
e e
l N
j (3x2 - 2x)dx bang
)
A. 12, B. 4. C. -12. D. 8.
1
j 2 dx bang
L x=2
A. —2In2. B. 4In2. C.In2. D. 4In2.
i . 3 1_e3x
Biét rang Iz—dx:a—e” VvOi a, be Z ,hdy tinh b—a.
v € +e +1
A.b—a=1. B.b—a=-1. C.b-a=7. D.b—a=-7.

2
Cho ham sb y:f(x) sao cho f'(x) lién tuc trén R, J.Lx)dx:3—ln2 va f(2):3. Tinh
' x

I= j‘f'(x).lnxdx.

A. I=4In2-3. B./=2In2-3. C.I1=2In2+3. D. /=3In2-4.
: tx=2|- 1
Biét I:I|x | 2;‘|.x+ | =—10+aln2+bIn3+cIn7 vbéi a,b,cecZ.Tinh T =a+b+c.
A X+

A. T=-4. B. T =21. C.T=9. D.T=-12.

Gia sit ham s6 £ (x) lién tuc va duong trén doan [0;3] thoa man £ (x).f(3—x)=4. Tinh tich
3

phén I:J.;dx.
02+ /(%)

B.7=L. c.r=2.
2 4
Cho ham s6 f(x) ¢6 d6 thi nhu hinh v& bén dudi.

A I=

| W
W | =

'| A

=y

I a
Dién tich hinh phang giéi han bai d6 thi ham s f (x) va truc Ox dugc tinh theo cong thirc nao

sau day?



Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

A. j.f(x)dx. B. [ £ (x)dx. C. if(x)dx—jf(x)df. D. —jf(x)dﬁjf(x)dx

(I 1

Tinh di¢n tich hinh phéng gi6i han boi d6 thi ham s f(x) =(x—1)(2—x)(x* +1) va truc Ox .

AL B. L. c. 2 p. U7,
20 20 20 20

_ , . , X’ 3x .

Goi S la dién tich cua hinh phang gidi han boi parabol y = By + Y va duong thang y = x +1.

Ta co

3

A.S:— B-S:E
2

C. S = i D- S = 2
2 4 4
Hinh v€ dudi day 1a mot manh vuon hinh Elip c6 bén dinh 14 7,.J,K,L; ABCD, EFGH la cac
hinh chit nhat; 77 =10m, KL=6m, AB = 5m, EH = 3m . Biét rang kinh phi trong hoa 1a 50000

d6ng/m?, hay tinh s tién (1am tron dén hang don vi) ding dé tréng hoa trén phan gach soc.

A. 2869834 dong. B. 1434917 dong. C. 2119834 dong.  D. 684917 dong.

) . . . , 5000
Mot quan thé virut Corona P dang thay doi voi toc do P (1 ) = 120.27° trong do6 f la thoi gian

tinh bang gio. Quan thé virut Corona P ban dau (khi 1=0) c6 sb lugng 13 1000 con. S6 luong
virut Corona sau 3 gio gan véi s6 nao sau day nhat?
A. 16000 . B. 21750. C.12750. D.11750.

) . 2 ,
Cho hinh (H) gi61 han boi d6 thi ham s6 y = \/: , truc hoanh, cac duong thang x=1,x=2.
X

Biét rang khéi tron xoay do (H) quay quanh truc Ox tao ra c6 thé tich 12 7lna. Gi tri cua ¢

la

A. 6. B. 2. C. 4. D. 8.

Cho hinh (H) gi¢i han boi dd thi ham s y =sinx, y =c0sx, cac dudng thing x = 0,x = % . Biét

rang khéi tron xoay do (H) quay quanh truc Ox tao ra c6 thé tich 1a 7=, hoi rdng c6 bao nhiéu
a

s6 nguyén nam trong khoang (a; 1 0) ?

A. 6. B. 7. C. 8. D. 9.



Cau 24: Cho hinh thang cong gi¢i han boi d6 thi ham s6 y = \/; , truc hoanh, cac duong thang x =1 va
x =4 . Thé tich ctia khdi tron xoay duoc tao thanh khi quay hinh thang cong trén quanh truc Ox
bang

4 4 4

A. ;f\/;dx B. ﬁ.[xdx. C. ﬂ"[\/;dx D. ﬁszdx.

| 1 1
Cau 25: Cho q,b la hai s6 thuc duong. Goi (H) 1a hinh phang gi6i han boi parabol ¥ = ax’ va duong
thang y = —bx . Quay (H) quanh truc hoanh thu duoc khéi c6 thé tich 1a V|, quay (H) quanh
tryc tung thu duoc khdi c6 thé tich 1a V. Tim b sao cho V; =V, .
A. A=13. B. A=19. C. A=21. D. A=29.

Céu 26: Van tdc (tinh bang 2) ctia mot hat chuyén dong theo mét duong duoc xac dinh boi cong thirc
S

v(t) =1 -8t +17t-10, trong d6  dugc tinh bing gidy.

Téng quang duong ma hat di duge trong khoang thoi gian 1 <7 <5 1a bao nhiéu?

A2 B. 1. C.38m. D. L.
3 3 3 6
— 443 —
Ciu 27: Biét F(x) 1a mot nguyén ham cua ham sb f(x) =4+l va F(O)_l. Tinh gia tri cia F(l).
A. 0. B. 1. C.2. D. 3.
Cau 28: Cho ham sb f(x) xac dinh trén R\{2} thoéa man f'(x)z 12, f(l):2020, f(3):2021.
x—
Tin 7=/ (4)=7(0),
A. P=4. B. P=In2. C. P=In4041. D. P=1.

Céu 29: Trong khong gian Oxyz , cho 5=(1;—2;5),B:(0;2;—1).Néu ¢=a—4b thi ¢ cotoado la
A. (1;054). B. (1;6:1). C. (1;,-4;6). D. (1;-10;9).

Ciu 30: Trong khong gian Oxyz , cho hai diém A(—2;1;1), B(3;2;—1). Do dai doan thang AB bang
A.\/%. B.\/E. C.J22. D. 2.

Cau 31: Trong khong gian Oxyz, cho ﬁ=(2;—3;4), 17:(—3;—2;2) khi d6 u.v béng

A. 20. B. 8. C. \46. D. 23
Céu 32: Trong khong gian Oxyz , cho A(1:0:6) B(0:2:-1) C(L40) povinn matchu () c61am
H2:2:71) 4 ép xite voi mat phing (45C) ping
843 877 1677 1613
. . N

Céu 33: Trong khong gian Oxyz , cho mit cau (S): (x+1)2 +(y—2)2 +(z—1)2 =4 . Tim toa d6 tam [ va

ban kinh R cia mit ciu (S ) )



Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

A I(-12;1) va R=2. B. I(1,-2;-1) va R=2.

C. I(-L21) va R=4. D. I(L;-2;-1) va R=4.

Trong khong gian Oxyz cho hai diém A4(-2;1;0), B(2;—1;2). Phuong trinh mit cu (S ) c6 tam
B vadiqua 4 1a

A (x=2) +(y+1) +(z-2)* =24.

B. (x=2) +(y+1) +(z-2)* = 24.
C. (x+2) +(y—1) +2* =24. D. (x-

2) +(y—1) +(z-2)* =24.

Trong khong gian Oxyz cho hai diém A4(-2;1;0), B(2;—1;4). Phuong trinh mit cau (S ) co
duong kinh AB 1a

A X +Y 4 (z=2)7 =3. B. X'+ +(z+2)* =3.

C. X +y +(z-2)" =9. D. X'+ +(z+2) =9.

Thé tich khéi cAu ngoai tiép tir dién déu 4BCD canh ¢ 1a

A. Vzm;\/g. B. Vzﬂa;\/g. C. V:;m;\/?. D. V:;m;\/E'

Trong khong gian Oxyz , cho mat cau (S ) c6 tam thudc truc Ox va di qua hai diém A(l; 2;—1)
va B(2;1;3). Phuong trinh cta (S) 1a

A (x—4) +y +27 =14, B. (x+4) +y*+z2 =14,

C. X +(y-4)+7 =14. D. X'+ +(z-4) =14.

Trong khong gian Oxyz, cho mit cau (S ) co thm [ (1;—2;3) va tiép xuc v6i mit phang
(P):2x-2y+z+3=0. Phuong trinh cta (S) 1a

Ao (x=1) +(y+2) +(z-3) =16. B. (x—1) +(y+ 9
C. (x+1) +(y-2) +(z+3)" =16. D. (x—1)" +(y+2) +(z-3)" =4.

Trong  khéng  gian Oxyz cho A(a;0;0), B(0;5;0), C(0;0;c),

D(a+a\/b2+cz;b\/a2+cz;cx/a2+b2) (a>0, b>0, ¢>0). Dién tich tam gidgc ABC bing

3 . , .
%. Tim khoang cach tir B dén mat phang (ACD) khi V, 5op dat gia tri 16n nhat.
6 2
A.%. B. V3. C. V2. D.%.

Trong khong gian v6i hé toa d0 Oxyz, cho hai diém E (1;1;3);F(0;1;0) va mit phing
(P):x+y+z—-1=0. Goi M (a;b;c) e (P) sao cho ‘2%—3%‘ dat gi4 tri nho nhét. Tinh

T=3a+2b+c.
A. 4. B. 3. C. 6. D. 1.



Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Trong khong gian Oxyz, cho hai diém 4(1;2;5),B(3;:0;—1). Mit phang trung truc cua doan
thing AB c6 phuong trinh 1a
A. x+y-3z+46=0. B. x—y-3z+5=0. C.x-y-3z+1=0. D.2x+y+2z+10=0.

Trong khong gian Oxyz, mit phang di qua diém A(—l; 2;4) va song song vGi mdt phing
(P):4x+y—z+5:() c6 phuong trinh 1a
A.4x+y+z-5=0. B.4x+y+z-2=0. C.4x+y-z=0. D. 4x+y—-z+6=0.
Trong khong gian Oxyz , goi (P ) 1a mat phang di qua diém M (—4;1;2) , dong thoi vuodng goc
v6i hai mit phiang (Q):x—3y+z—4:0 va (R):2x—y+3z+1:0. Phuong trinh cta (P) la
A. 8x—y+5z+23=0. B.4x+y—5:425=0.C. 8x+y—5z+41=0.D. 8x—y—5z-43=0.
Trong khong gian Oxyz , chomitciu (S): (x+1)" +(y—-2)" +(z—-1)" =9. Mat phing (P) tiép
xuc voi (S ) tai diém A(l;3;—l) c6 phuong trinh 1a
A 2x+y—-2z-7=0. B.2x+y+2z-7=0.C. 2x—y+z+10=0. D.2x+y—-2z+2=0.
Trong khong gian Oxyz, cho mit phang (P):2x— y+2z+1=0 va hai diém
A(I;O;—Z),B(—l;—1;3). Mit phang (Q) di qua hai diém 4,B va vudng goc voi (P) co
phuong trinh dang ax—by +cz+5=0 . Khang dinh nao sau day dung?
A. a+b+c=21. B. a+b+c=7. C.a+b+c=-21. D. a+b+c=-7.
Trong khong gian Oxyz, cho ba diémA(O;l;Z),B(2;—2;l), C(—2;1;O). Khi d6 mit phfmg
(ABC ) c6 phuong trinh la
A. x+y—z+1=0. B. 6x+y-z-6=0. C.x-y+z+6=0. D. x+y-z-3=0.
Trong khéng gian Oxyz , cho mit phing (Q) song song mit phang (P) 2x-2y+z+17=0.
Biét mat phang (Q) cat mat cdu (§):x’ +(y—2)2 +(z+1)2 =25 theo giao tuyén 1a mot dudng
tron c6 ban kinh » = 3. Khi d6 mit phang (Q) c6 phuong trinh 1a
A 2x—2y+2z-7=0. B.2x-2y+2z-17=0.C. 2x—2y+z+17=0.D. x—y+2z-7=0.
Trong khong gian Oxyz , mit phing ((Z ) :y=0 tring voi mat phing nao dudi diy?
A. (Ox). B. (Oyz). C. (0xz). D. x—y=0.
Trong khong gian Oxyz , cho bon diémA(l;O;O), B(O; 2;0), C(O; 0;4), M(O;O;3). Tinh khoang
cach tir M dén mat phing (ABC )

421

B. 2. c. L.
21 21

Trong khong gian Oxyz, cho mit phing (P):z =0 va hai diém A(Z;—I;O), B(4; 3; —2). Goi

p, 220
21

M(a;b;c) € (P) sao cho MA=MB va goc AMB c6 sb do 16n nhét. Khi d6 dang thirc nao sau

day dung?

23
A.c>0. B. a+2b=-6. C.a+bh=0. D.a+b=7;.



Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

HUONG DAN GIAI CHI TIET

[Mirc d9 1] [(3x”+1)dx bing

3
X
A, 3x’ +x+C. E.- C.x+cC. D.E-I-x-l-C.

Loi giai

Ta c6: J.(3x2+l)dx:3x?3+x+C:x3 +x+C.

[Mirc dd 1] Ho tat ca cac nguyén ham cia ham sé [ (x) =2cosx—sinx 1a

A. 2sinx—cosx+C. B. -2sinx—cosx+C.

Q._ D. 2sinx+cosx+C.

Loi giai
Ta co: J(Zcosx—sinx)dx=2sinx+cosx+C.

[Mire d9 2] [2x(x*+1)'dr bing

5 5
A.- B.M+C. C.M+C. D. (x2—|—1)5+C.
4 5

Loi giai
Pit ¢ =x* +1, ta duoc dr=2xdx.
’ 4y
Khi do [2x(x +1)'ax = [ 1 di="+C.
s
Thay ¢ = x* +1, ta dugc IZx(x2+1)4dx=(x +1) LC.

. 1 .
[Mtrc dp 1] js1n(3x—§jdx bang

A. lcos 3x—l +C. B.—cos 3x—l +C.
3 3 3

C. D. —lsin(3x—l)+c.
- 3 3

Loi giai
) . 1 1 |
Ta cé: jsm 3x—§ dx:—gcos 3x—§ +C.

[Mire df 1] I(x+5x)dx bing

2

X X

C.1+5 +C. D. x* +

+C.
In5 In5




Cau 7:

Ta c6 jf(x)dx=j(x+5x)dx:_+ﬁ+c
Mise 00 3] [0 bing

A. %(1+31nx)2 [(1+3nx)" ~1]+C.

B. (1+3lnx)\/l+3lnx[l+351nx—§)+C.

g._

D. %(1+31nx)\/1+31nx(1+351nx—lj+C.

3
Loi giai
Pt t=v1+3Inx, suyra 2 =1+3Inx.
2
Ta co- 3 lnx = ~
acod: 2tdr=—dx; Inx=
X
Khi do
2 5 3
J.\/1+3lnx'lnxdxzjt-t 1.g‘tdt=g (t4_t2)dt=g ror L C
X 3 3 9 9{5 3

tay [P gy 214310 ST (L
X

3

" (41 (0)+ f'(x)) =2 f (x)

F09>0 ,Vx20 va r0)=1.

[Mitc d9 4]. Cho ham s6 f(x) thoa man {

In2

Tinh 7= [ f(x)dx.

AT=1. B.7—_1. C. D.7=_"_.
12 12 640

Loi gii
Taco: e (4f (x)+£'(x))=2{f(x) & 26" f(x) +& S 1 (e“. f(x))' _L
' D)) e e

Do d6 €*'4/f(x) 12 mot nguyén ham ctia ix, tirc e/ f(x :_Lx+c.
€ €

2
Thay x=0 vao tadugc C=2. Tim dugc f(x):( 2 —ij .

e2x e3

In2 In2 2 In2
2 1 4 4 1 37
1= X dx= —— d)C: —_——t— dx=—-
.([ f( ) _([ (ezx e3x] _([ [64): eSx eéxj 320



Cau8:  [Mikc dd 2]. Biétring g(x) la mot nguyén ham cua f(x) =(x+1)sinx va g(0)=0, tinh g(x)

A 0. B. 7+1. C.r+2. D. 1.

Loi giai
Taco J(x+1)sinxdx:J‘(x+1)(—cosx),dx:—(x+1)cosx+_|.cosxdx
=—(x+1)cosx+sinx+C
Lic nay, xét g(x):—(x+1)cosx+sinx+C vOi g(0)=0 taco C=1.
Tlc g(x)=—(x+1)cosx+sinx+1.

Vay g(m)=n+2.

. . e , fx+1
Cau9:  [Mirc d9 2].Tinh 1:!2\/;.dx.
Ar=2, B.1=2. g.- D.7=2.
3 3
Loi giai
4 4 4
p= e L dx(irf] _1o
1 2Vx 1\ 2 2x 1
2 2
£ (x)dx=3 jf(x)dx ‘
Cau 10:  [Mirc d 1] Cho 1 .Khids1 © béang
A 23, B. & C. 3¢2. Q.l
(S
Loi giai
2 2
cf(x) 1 3
T dr=— dr=2.
aco.! ; e_l[f(x) ;
1 N\
CAull: [Micdd 1] [(3x*—2x)dr bing
)
A 12 B. 4. C. -12. D. 8.
Loi giai
1
Tacd [ (3x* —2x)dr=(+’ —x2)|1_2 ~12.
-2
1 2 .
CAu12: [Mirc d) 1] [ ——dx bing
S x—=2
A. —2In2. B.=4n2. C.In2. D. 4In2.
Loi giai

1

1
Taco | 2 dr =2 L gv=2mfx-2], =—4mn2.
S x=2 5 x=2 -2




Cau 13:

Cau 14:

Cau 15:

3x

3

0

D.b—a=-7.

=4-¢

2
R, Ide=3—ln2 va
1 X

D. /=3In2-4.

—-10+aln2+bIn3+cln7 v&1 a,b,c 7. Tinh

[Mirc d¢ 2] Biét rang J.—dx=a—eb VOl a, beZ,hdy tinh b—a.
e’ +e' +1
A.b—a=1. B.b—a=-1. C.b-a=T7.
Loi giai
e 3 ex+ex+1) ’
Ta cé dx = dx=|{1-¢")dx=(x—¢"
acoJ. e+ .([ Y o' 11 _([( ) (x )
Suyra a=4;p=3.
[Mtrc d6 2] Cho ham sb y =f(x) sao cho f'(x) lién tyuc trén
f(2) 3. Tinh I = jf JAn xdx.
A.I=4In2-3. B. /1=2In2-3. C.I1=2In2+3.
Loi gidi
du—ldx
B_t{u_ln)f chon x .
dv=f(x) v=f(x)
2
Ta c6 I=[f(x).lnx]|12—If(x)dx=f(2).ln2—3+ln2=4ln2—3.
X
[Mic dp 3] Biét 7= j ph2=speetly
x+4
T=a+b+c.
A.T=-4. B. T =21.
C.T=9. D. T=-12.
Loi gidi
Pat f(x |x 2| 3|x+1|

Ta c6 bang pha dau tri tuyét d6i trong biéu thirc f (x) nhu sau

T —o0 -1 +00
r =2 -r+2 -z +2 0 )
3lr+1 3r+3 0 -3r-3 | _32-3
i A — —2r -5
f(x) 2r +5 4z -1 z
-1 2 3
Tt dé 1=j2x+5dx+j_4x_1dx+j_2x_5dx
c, x+4 ° x+4 > x+4

oo



I=-10-6In3+12In2+3In7.

Vaytacd a=12,b=-6,c=3=T=9.

Cau 16: [Mirc 9 3] Gia sirham sd £ (x) lién tuc va duong trén doan [0; 3] thdoaman f(x).f(3—x)=4
3

. Tinh tich phan 7 = _[ !
0

2+f(x) .
A1=3. B. /=1 cli== D. /=1,
2 4 3
Loi gidi
S(3-x)=4
Ta cd f(x)f( x) :>f(3—x)= 4 )
f(x)>0,vxe[0;3] f(x)
N
i Fryrey
batt=3-x=dr=—-dx
Pdicin x=0=>r=3x=3=¢=0.
Thay vao ta dugc
_3 1 _3 1 _3 1 _3 f(x) _13 f(x)
g e e R O T O

A 3
Va [ =—.
Y7y

\ |

|| |

g o fil |2
/ |

\ 1¢ |

\ ‘

|

I a
Dién tich hinh phang giéi han bai d6 thi ham s f (x) va truc Ox dugc tinh theo cong thirc nao
sau day?

s J




Cau 18:

Cau 19:

Loi giai

[Mire d9 2] Tinh dién tich hinh phing gi¢i han béi do thi ham s £ (x) = (x—1)(2—x)(x* +1)
va truc Ox .
A . B. L 19 p. 17
- 20 20 20
Loi giai
yh

=Y

I |

Phuong trinh hoanh d6 giao diém cua d6 thi ham s6 f (x) vatruc Ox 1a

(x=1)(2-x)(x* +1)=0.
Phuong trinh néu trén co6 tap nghiém la {l; 2} va f(x) >0, Vxe [l; 2] .

Do d6, dién tich ma ta can tinh 1a

S:j|(x—l)(2—x)(x2 +1)|dx =j[(x—1)(2—x)(x2 +1)]dx=%.

1

2
, x°  3x
[Mire d§ 2] Goi S 1a dién tich cua hinh phang gidi han bdi parabol y = —2 +—2 va duong

thang y = x+1. Tacod
3

3 . . Ls=3 D.
2 2 4

A. S =



Phuong trinh hoanh d6 giao diém cua hai v
duong da cho 1a
x> 3x |
—+—=x+1 !
2 2 .'
2 fix)=x+1 !
2 2 -2 [ )
x=-2 ' f )
Tzt glx) = X ox

1 2 1 2 3 2
x° 3x X XX 1 9

Taco S= [ |x+l-——"Z|dx= | |-=——Z+1|dx=|-——"—+ ==
T i L 14 o )
Ciach 2. (Khong vé do thi)

1 2 1 2 3 2 1
Taco § = [[E4 Zmamt]ad=| [[Z+ 2t |+ 2 :‘_2‘:2.

Jl2 2 J12 2 6 4 -2 4 4

Ciu 20: [Mirc d9 4] Hinh v& dudi day 1a mot manh vuon hinh Elip ¢6 bdn dinh 1a 7,,K,L;
ABCD, EFGH la cac hinh chit nhat; I/ =10m,KL=6m, AB=5m,EFH =3m. Biét rz“mg kinh
phi trong hoa 1a 50000 déng/m?, hay tinh s tién (1am tron dén hang don vi) dung dé trong hoa
trén phan gach soc.

A. 2869834 dong. B. 1434917 dong.

C. 2119834 dong. D. 684917 dong.
Loi giai
N
K
A B
,AV 7‘%
! [ A
o
7
Hwﬂé R G
D ZAC

Goi Elip dd cho 1a (E).



Cau 21:

o oy
Dung hé truc Oxy nhu hinh v¢, khi do (E ) c6 phuong trinh 1a 2—5—|- ? =1.

Suy ra

+ Phan phia trén truc Ox clia (E) co phuong trinh 1a = %\/25 —x>.
+ Phan phia bén phai truc Oy clia (E ) c6 phuong trinh 14 x = g 9— 2.

Dién tich hinh phing gi¢i han boi (E), 4D, BC 1a

2,5
r3 12]25 25 15
S1:4f—\/25—x2dx:——7T \/— =57 +—\/_
5 D 5012 8
Dién tich hinh phing gi¢i han boi (E), EF,GH 1a
2 1
_4f_ o iay = 2|0 V3| [ 153 .
3112 8 2
Dién tich phan dét trong hoa (phan gach soc) 1a
15
S=S,+85,— Sypps = 2|57 +—f]—
Vay sb tién dung dé trong hoa la: $.50000 ddng, 1am tron dén hang don vi 1a 2119834 dong.
, 5000
[Mire d§ 2] Mot quan thé virut Corona P dang thay doi véi toc do P ( ) 1702 , trong do

t 1a thoi gian tinh bang gio. Quan thé virut Corona P ban dau (khi £=0) c¢6 s6 lwong 1a 1000
con. Sb lugng virut Corona sau 3 gid gan véi s6 ndo sau ddy nhat?
A. 16000. B. 21750. C.12750. D. 11750.
Loi giai
Ta cod

v [ 5000 1 )
P(t):IP(t)dt—jl+0’2tdt—SOOo.Eln(1+O,2t)+C—25000.1n(1+0,2t)+C,

P(0)=1000 < € =1000.

Vay biéu thuc tinh s6 lugng virut Corona véi thoi gian ¢ bat ky Ia
P(#)=25000.In(1+0,2¢)+1000.

Véi t=3 giotaco P(3)=25000.In(1+0,2.3)+1000 ~ 12750,09 .
Vay s6 luong virut khi ¢ =3 gio khoang 12750 con.




Cau 22:

Cau 23:

Cau 24:

Cau 25:

: , 2 :
[Mire @ 2] Cho hinh (H) gii han boi db thi ham sé y = \P truc hoanh, cac dudng thing
X

x =1,x = 2. Biét rang khdi tron xoay do (H) quay quanh truc Ox tao ra co thé tich 1a zlna.

Giatricua 0 l1a
A. 6. B. 2. C. 4. D. 8.
Loi giai

b 2
Thé tich khdi tron xoay néu trén la Vz;rJ‘f2 (x)dx:ﬂ'[zdx:27rlnx|12 =2zxIn2=rxIn4.
x
a 1

Vay a=4.
[Mire d9 3] Cho hinh (H) gi6i han boi db thi ham s§ y=sinx, y=cosx, cic duong thing

x=0,x= % . Biét rang khdi tron xoay do (H) quay quanh truc Ox tao ra c6 thé tich 1a Z | hoi

a
rang c¢6 bao nhiéu sb nguyén nim trong khoang (a; 10) ?

A. 6. B. [l C. 8. D. 9.
Loi giai

T . n 2. , £ an A 1x
Do trén doan [O; Z} ta cO cosx >sinx nén thé tich cta khoi da néu la

T
b b 4
2 . 9 t T r
V=7Z'J-COS xdx — 7 | sin xdxzﬂjcos2xdx=551n2x|g ZE
a 0

a

Trong khoang (2;10) ¢6 7 s6 nguyén.

[ Mtre d9 1] Cho hinh thang cong gidi han boi d6 thi ham sé ¥ = \/; , truc hoanh, cac duong
thang x =1 va x =4. Thé tich cta khéi tron xoay duoc tao thanh khi quay hinh thang cong trén
quanh truc Ox bang
4
A. I\/;dx B. ﬂjxdx. C. ﬁ'[\/;dx D. 7r'|.x2dx.
1

1 1 1
Loi giai
4

b
Cong thirc tinh thé tich khdi tron xoay quay quanh truc Ox 1a ¥ = 7z.|' f2(x)dx = ﬂ'[xdx :

1

[Mitc @9 4] Cho a, b 14 hai s6 thuc duong. Goi (H) 13 hinh phang giéi han bai parabol ¥ = ax’
va dudng thing y = —bx . Quay (H) quanh tryc hoanh thu dugc khdi cé thé tich 1a V], quay

(H) quanh tryc tung thu dugc khéi c6 thé tich 1a V. Tim b sao cho V, =V,.

A. A=13. B. A=19. C. A=21. D. 4=29.
Loi giai



b2

o X

Q| O

Phuong trinh hoanh d¢ giao diém cua parabol va dudng thang da cho 13 ax® = —bx .

x=0 5
Do ax’ =-bx © p nén céac giao diém1a O va M(—é,b—j
XxX=—— a a
a
(Tham khao hinh v€ kém theo)
Dén day ta co:
0 0 3|0 s 27b’ .
+ V= [ (=bx)’ dv -z [ (ax*) dr :;rbz_x? _,mz_x? =57 (don vi thé tich)
b b _b _b
b’ b’ ) )
7 2 ; 2 ) b 3 L T 4
. y Yy Yol yole _ C LR s
+V,=r (—\/:J dy -7 [——j dy =72 - =— (don vi thé tich)
'([ a ‘([ b 2a|, 3b%|, 6a
27b’ _ zb*

Dovay V1 =V, o

5
156 6a &
Cau 26: [Mirc dg 2] Van tde (tinh béng E) cua mot hat chuyén dong theo mot duong dugc xac dinh boi
S

cong thirc v(t) =t -8t +17t-10, trong d6  dugc tinh bing gidy.

Tong quing duong ma hat di dugc trong khoang thoi gian 1< ¢ <5 1 bao nhiéu?

A2 B. 1. c.38.,. D.
3 3 6

Loi giai
Téng quing duong ma hat di dugc trong khoang thoi gian 1<¢<5 1a

i|v(t)|dt = J5'|t3 —~8¢ +17¢-10|dt = j.|t3 8¢ +17z—10|dt+J5'|t3 ~87* +17¢-10|dr
1 1 1 2

=j(t3—8t2+17t—10)dt+
1

(Lo 8p U 1o
4 3 2

N Sy 1

—(t3—8t2+17t—10)dt

2 5
(g e T o P2 (m).
1 4 3 2 2 6

Cau27: [Mirc d9 1] Biét F(x) la mot nguyén ham ctia ham sé f(x)=4x"+1 va F(0)=1. Tinh gia tri
cua F(l).



Cau 28:

Cau 29:

A 0. B. 1. C.2. D. 3
Loi giai

Taco: [ f(x)dr=[(4x" +1)dx=x'+x+C.

Xét F(x):x4+x+C voi F(O):l ta tim dugc C =1, tirc F(x)=x4+x+1.

Vay F(1)=3.

[Mirc do 3] Cho ham ) f(x) xac dinh trén R\{Z} thoa man f’(x)z ,

f(3)=2021 . P=f(4)-f(0)
A. P=4. B. P=In2. C. P=1n4041. p. [P=1
Loi gii

In(x-2)+C, khix>2
In(2-x)+C, khix<2’

1
x—2

Taco jf'(x)dx:j dx=1n|x—2|+C={

Theo gia thiét: f(l) =2020, f(3) =2021 = {

L f(x)=[In(x-2)+2021 khix>2
~|In(2-x)+2020 khix<2’

Inl+C, =2021 [C, =2021
p— .
In1+C, =2020  |C, =2020

Dodé P=f(4)-f(0) =In2+2021-1n2-2020=1.

[Mire dé 1] Trong khong gian Oxyz , cho Zl=(1;—2;5),E:(O;2;—1).Néu c=a—4p thi ¢ co
toa do la
A. (1;054). B. (1;6:1). C. (1;-4;6). D. (1,-10;9).

Loi giai

Ta c6: Zz:(l;—2;5); 45:(0;8;—4).

Vay toa do cla vecto ¢ = a — 45 =(1;—10;9).

Cau 30:

Cau 31:

[Mite @ 1] Trong khong gian Oxyz , cho hai diém A (—2 ;15 1) , B(3 ;25— 1). Do dai doan thang
AB bang
4430, B. 10, C. V3. D. 2.

Loi giai

Ta c6: ZE:(S;I;—Z)

AB:‘E‘:.ISZ +1 +(—2)2 =30

[Mire d9 1] Trong khong gian Oxyz, cho U = (2;—3;4), v :(—3;—2;2) khi d6 .V bang

A. 20. B. B C.x/%. D. 2.2.

Loi giai



Cau 32:

Cau 33:

Cau 34:

Tacod: uv = 2.(—3) +(—3).(—2) +4.2=8.

[Mirc d9 2] Trong khong gian Oxyz , cho A(1;0;6) , B(O;Z;—l) , C(l;4;0) . Ban kinh mit cau
(S) c6 tim 1(2;2;—1) va tiép xtic voi mat phang (ABC) bang

843 877 . 163
A, —. . . D.—.
3 77 = 3

B. —— C
Loi giai

Tacd AB=(-1;2;-7), AC =(0;4;-6) nén [ 4B, AC | =(16:-6:~4).

[4B.4C] 1 vecto phap tuyén cta (ABC), vi thé n =(8;~3;-2) ciing 4 vecto phap tuyén
ctia (4BC).

Phuong trinh ctia mit phang (4BC) 1a:

8(x-1)-3y-2(z-6)=0<8x-3y-2z+4=0.

Goi » 1a ban kinh cua (), ta c6 () tiép xuc voi (4BC) & r=d(I,(4BC)).

8.(2)-3.(2)-2.(-1)+4] _16V77
V8 +(=3) +(=2)’ 7

[Mirc d§ 1] Trong khong gian Oxyz , cho mit cau (S): (x+1)2 +(y—2)2 +(z—1)2 =4 .Timtoa

Vay r=

do tam | vabankinh R cta mit cau (S).

A._ B. I(1-2-1) va R=2.
C. I(-1;2;1) va R=4. D. I(1;-2;-1) va R=4.
Loi gidi
Duya vao phuong trinh cia (S) ta thdy toa do tim ](—l; 2;1) va R=2

[Mite @9 1] Trong khong gian Oxyz cho hai diém A4(-2;1;0), B(2;—1;2). Phuong trinh mit cau
(S) cotim B vadiqua 4 1a

A G2 e ey = p (RO
C. (x+2) +(y-1) +2=24. D. (x=2) +(y—1) +(z—2)* =24.

Loi gidi
Taco AB=(4-2;2) nén 4B -2 .
Vi (S) c6 tam B va di qua diém A4 nén ban kinh cta (S) la R=AB.

Do d6 (S) co phuong trinh 1a (x—2)" +(y+1)’ +(z-2)* = 24.



Cau 35:

Cau 36:

Cau 37:

[Mire @9 1] Trong khong gian Oxyz cho hai diém A4(-2;1;0), B(2;—1;4) . Phuong trinh mit cau
(S) c6 duong kinh AB 1a
A XY +(z-2) =3. B. X+ +(z+2)*=3.
Q-_ D. X+ +(z+2) =9.
Loi giai

Do (S ) c6 duong kinh AB nén né nhan trung diém [ cia AB lam tdm va % lam ban kinh.
Ta co:

+ AB=(4-2:4) = 4B =6.

+ 1(0;0;2).

Vay (S) c6 phuong trinh 1a X+ y2 + (2—2)2 =9.

[Mirc dd 2] Thé tich khdi cau ngoai tiép tir dién déu ABCD canh @ 1a

3 3 2
A.- B. V:”aﬂg. C. V:”agﬁ. D. V:”"gﬁ.

Loi gidi

Goi H 1a tam duong tron ngoai tiép AABC .

Vi ABCD la tir dién déu nén DH 1a tryc ctia dudng tron ngoai tiép AABC .

Mit phang trung truc cta canh AD cat DH tai I suy ra ID 1a ban kinh ctia mat cau ngoai tiép
tar dién ABCD.

Goi M 1a trung diém canh AD ta c6 ADMI ~ ADHA

DM DI
- — =
DH DA
DA? AD? a’ a\/g

D = = = =
2DH  2:/AD? — AH® \/ 4V 4
2.la’ —( J

2 Ko h o o K . 4
Vay thé tich ctia khdi ciu ngoai tiép tr dién 4.BCD 1a V = 5;z.ID3 =37 3

4 a\/g ’ B 7ra3\/g
1 = .

[Mire d9 2] Trong khong gian Oxyz, cho mit cau (S ) c6 tam thudc truc Ox va di qua hai

diém A(l;2;—1) va B(2;1;3). Phuong trinh cta (S) la



C. X +(y-4)+7° =14, D. X'+ +(z-4) =14.
Loi giai

Goi I(a;O;O) thudc truc Ox 1a tAm cua (S)

Tacod: IA=1B < I4* =IB* & (1-a) +2° +(-1)’ =(2-a)* +1*+3* < a=4.
Suy ra 1(4,0;0) va 14> =14.

Vay phuong trinh cta () 1a (x—4)2 +y +z7 =14

Cau 38: [Mikc d 2] Trong khong gian Oxyz , cho mit cau (S ) co tam [/ (1;—2;3) va tiép xuc véi mit

phang (P):2x—2y+z+3=0. Phuong trinh cia (§) 1a

A (x-1) +(y+2) +(z-3) =16. B. (x—1) +(y+2)’ +(z—3) =9.
C. (x+1)" +(y-2) +(z+3)" =16. D. (x—1) +(y+2) +(z-3) =4
Loi giai

21-2.(-2)+3+3| _2_,
J2+ (=22 +12 3

Taco a(1.(P)

(S) tiép xtc véi (P) < d(1,(P)) bing bén kinh cia (S).
Vay phuong trinh ciia () 1a (x—1)" +(y+2) +(z-3)" =16.

CAu39: [Mic dd 4] Trong khéng gian Oxyz cho 4(a;0,0), B(0;6;0), C(0;0;c),

D(a+a\/b2+cz;b\/a2+cz;cx/a2+b2) (a>0, b>0, ¢>0). Dién tich tam gidc ABC bing

3 . , .
%. Tim khoang cach tir B dén mat phang (ACD) khi V, 3cp dat gid tri 16n nhat.

A-. B. /3. C. V2. D.Q.

2
Loi gidi

AB = (-a;b;0), AC = (-a;0;¢), Ez(a\/b2 e bat + i ed? +b2).

0 —-a

c —a

-a b

OD = (bc; ac; ab).

b

.~ (Ip 0
[AB,AC]zUO :

C

—a

. 3
Vi dién tich tam gidc ABC bang > nén:

NI

%‘[ETC] = E\/(ab)z +(bc)* +(ac)* = ?

\/§C>

AABC —
2



& (ab)’ +(be)* +(ac)* =3

Thé tich cua t dién ABCD 1a:

Vinco = %‘[E’E] E‘ :é‘abc /b* +c* +abeNa® +c* +abea® +b°

= l beNa*b? +a*c? + aC\/azbz +b*c? + atb\/atzc2 +b%c?

6

Ap dung bat dang thic Bunhiacopxki: (beva’h® +a’c” + aC\/azb2 +b°c” + ab\/azc2 +b°c*)’

<[(be)’ +(ac)’ +(ab)’](@’b* +a’c” +a’b* +b°c* +a’c® +b’c?)

& (beJab? +ac* + acNa®b? + b2t + abJaic? + b2 ) < 2(be)? +(ac)? +(ab)*
& (bcm + aC\/azb2 +bh°c + ab\/azc2 +b°c*) <23
& (bcm + aC\/azb2 +h’c’ + ab\/a202 +bh*c*) <18
< bcm + aC\/a2b2 +b°c’ + ab\/azc2 +b°c’ | <32
N 2

Vibep S 6 hay V, pep S —

>
2
2

nén maxV, ., =— . Déu "="xay rakhi vachikhi a =b=c=1.

Ta co: R’:(—I;O;l),ﬂ):(ﬁ;ﬁ;ﬁ).

11—1

2Nz

-1

Nén: [E,E} =[

](fzf ).

Do dé: .., :%|[E’,E]|=%\/E=\/§.

;32
Vay d(,(4cpy = Lame (26

SAACD \/§ 2 '

Ciu 40: [Mikc d9 3] Trong khong gian v6i hé toa dd Oxyz , cho hai diém E (l; I; 3) ;F(0;1;0) va mat phang

(P):x+y+z—-1=0. Goi M (a;b;c) e (P) sao cho 2%—3%‘ dat gia tri nho nhat. Tinh

T=3a+2b+c.

A. 4. B. 3. C.l6. D. 1.
Loi giai

Goi I(m;n; p) 1a diém thoa man: 27E — 37F = 0.

Ta co ]E:(l—m;l—n;3—p);17:(—m;l—n;—p).



Cau 41:

Cau 42:

2(01-m)+3m=0 m=-2
20E-3IF =0 12(1-n)-3(1-n)=0{n=1 = I(-21-6).
23-p)+3p=0 p=-6

Ta c6 [2ME —3MF| =|2(MI + 1E) - 3(MI + IF)| =| 1M | = M1.

[2ME - 3MF| dat gid trj nh6 nhit, M e (P) <> MI nho nhit, M  (P) < M 1a hinh chiéu
vudng goc cua [ trén (P).

Khi do:

MI = (-2—a;1-b;—6—c¢) cung phuong v6i vecto phap tuyén cua (P)la n= (LL1); Me (P)

2
a==
a-b=-3 131
Toa do M la nghiém ctia hé {b—c=7 & b=? =T =3a+2b+c=6.
a+b+c-1=0 10
c=—o
3

[Mic dd 1] Trong khong gian Oxyz | cho hai diém 4(1;2;5), B(3;0;—1) . Mit phang trung truc

cta doan thang 4B c6 phuong trinh la

A. x+y-3z+6=0. B.x—y-32+5=0. C.x-y-3z+1=0. D.2x+y+2z+10=0.
Loi giai

Goi M 1a trung diém AB thi M(2;1;2),@ =(2;-2;-6)

Mit phing trung truc cua doan AB di qua M nhén AB 1am vecto phép tuyén, do d6 né co
phuong trinh 1a

2(x=2)-2(y-1)-6(z-2)=0=x—-y-3z+5=0.

[Mite @9 1] Trong khong gian Oxyz , mit phing di qua diém A(—l;2;4) va song song v&i mat
phang (P) :4x+y—z+5=0 c6 phuong trinh 1a

A.4x+y+z-5=0. B.4x+y+z-2=0.

C.4x+y-z=0. D.4x+y—-z+6=0.
Loi gidi

Goi mit phang can tim 1 mat phiang (Q) :
Mit phang (P) c6 mot vecto phap tuyén 1a 7 = (4; 1;—1) :
Vi (Q) //(P) nén 71 = (4; I; —1) cling 12 mot vecto phap tuyén ctia mit phang (Q) :

Mit phang (Q) di qua diém A(—l; 2;4) , ¢0 vecto phap tuyén 7 = (4;1;—1) nén no6 c6 phuong
trinh 1a 4(x+1)+1.(y—2)—1.(z—4):0<:> 4x+y—z+6=0.



Cau 43:

Cau 44:

Cau 45:

[Mire d9 2] Trong khong gian Oxyz , goi (P) 1a mat phang di qua diém M (—4;1; 2) , dong thoi
vudng goc v6i hai mit phing (Q):x—3y+z—4 =0 va (R):Zx—y+3z+1 =0. Phuong trinh
cua (P) la
A. 8x—y+5z+23=0. B. 4x+y-5z+25=0.

C.8x+y—-5z2+41=0. D.8x—y-5z-43=0.
Loi giai

Ta c6: 7y = (1;=3;1) 1a mot vecto phap tuyén cuia (Q) :

ﬁ( )= (2;—1; 3) 1a mot vecto phap tuyén cua (R) .

R

Vi (P) L (Q) nén iy Lii,,

(P) L (R) neén i Liiy.

= gy =| Fiigy» sy | = (~8;-1;5) mot vecto phép tuyén cua (P).

(P) di qua diém M (~4;1;2) c6 vecto phép tuyén 1 7, =(~8;~1;5) nén n6 c6 phuong trinh la
—8(x+4)—(y-1)+5(z2-2)=0 —8x—y+5:-41=0 O 8x+y—5z+41=0.

[Mire d 2] Trong khong gian Oxyz , cho mat cau (S): (x+1)"+(y—2)" +(z—1)" =9. Mat
phing (P ) tiép xuc voi (S ) tai diém A(1;3;—1) c6 phuong trinh 1a
A.2x+y—2z2-7=0! B.2x+y+2z-7=0.

C.2x—y+z+10=0. D.2x+y—-2z+2=0.
Loi giai

(S) co tam 1(-1;2;1), ban kinh R=3.

D@ thay AE(S).

Vi (P) tip xtic voi (S) tai A nén 4 =(2;1;-2) 1a mot vecto phap tuyén ciia (P).

Taco (P) di qua A(L;3;-1) nhan 14 =(2;1;-2) lam vecto phap tuyén nén (P) c6 phuong
trinh 1a 2(x—1)+1.(y—3)—2(z+1)=0<:> 2x+y—2z-7=0.

[Mite d9 2] Trong khong gian Owxyz, cho mit phing (P):Zx— y+2z+1=0 va hai diém
A(I;O;—Z),B(—l;—l;3). Mait phéng (Q) di qua hai diém 4,B va vudng goc voi (P) co
phuong trinh dang ax—by +cz+5=0 . Khang dinh ndo sau day dung?

A. a+b+c=21. B. a+b+c=7. C.a+b+c=-21. D.a+b+c=-7.
Loi giai

Ta c6 E(—2;—1;5), (P) nhan %;=(2;—1;2) 1am vecto phap tuyén.



Do (Q) qua 4,B va vudng goc véi (P) nén (Q) nhan [ﬁ,%]:(3;14;4) lam vecto phap

tuyén, tirc (Q) ¢6 phuong trinh la 3(x—1)+14y+4(z+2):O<:>3x+14y+4z+5=0.
—a=3,b=—14,c=4.
Vay a+b+c=-7.

CAu46: [Mirc d9 2] Trong khong gian Oxyz, cho ba diém 4(0;1;2), B(2;-2;1), C(-2;1;0). Khi do
mit phang (ABC ) ¢6 phuong trinh la

ARG  B.ory——6-0.
C. x—y+z+6=0. D. x+y—-z-3=0.
Loi gidi
Taco E:(2;—3;—1),E=(—2;0;—2);Vi [E,TC}:(@Q—@ nén mot vecto phap tuyén cta (ABC)
lan=(1;1;-1).

Tacod (ABC) qua A(O;l;2) vanhan n = (1;1;—1) 1am vecto phap tuyén nén (ABC) c6 phuong
trinh 1a 1(x—0)+1(y—1)—1(z—2):0<3x+y—z+1:O.

Ciu47: [Mitc d9 3] Trong khong gian Oxyz, cho mit phing (Q) song song mit phing
(P):2x-2y+z+17=0. Biét mat phing (Q) cit mit cau (S):x*+(y—2)" +(z+1)" =25

theo giao tuyén 1a mot duong tron ¢ ban kinh » = 3. Khi d6 mat phang (Q) c6 phuong trinh la

C.2x-2y+z+17=0. D. x—y+2z-7=0.
Loi giai

I

Vi (Q)//(P) nén phuong trinh mat phing (Q) c6 dang: 2x—2y+z+D=0 (D#17).
Mit cu () c6 tam 7(0;2;-1), ban kinh R=5.

Trén hinh V&, ta c6 tam gidc A 7HA vuong tai H = IH> +r* = R’

& [U(LQ)] +r = F & a(1.(0) =K 7 = a(1.(0)) =5~ =4



2.0-22-1+D|
= ; =
2 +(=2) +1°

D-5=12 _[D=17
4<:>|D—5|:12<:{D . 12@[1)_ , (logi D=17).

Viy phuong trinh mit phang (Q) la: 2x-2y+z-7=0.

Cau 48: [Mikc d9 1] Trong khong gian Oxyz , mit phang (05 ) :y=0 tring voi mat phing nao dudi diy?
A. (Ox). B. (Oyz). C. (0xz). D. x—y=0.
Loi giai
Mit phang (a) :y=0 c6 vecto phap tuyén n= (0;1;0) va di qua gdc toa do nén nd trung v6i mit phiang

(Oxz) :

Cau 49: [Mikc d§ 2] Trong khong gian Oxyz , cho bdn diémA(l;O;O), B(O; 2;0) , C(O; 0;4) , M(O; 0;3)
. Tinh khoang cach tir M dén mit phang (ABC )
4+/21 3v21
A= B. 2. o p, 2L
21 21 21 21
Loi giai
Phuong trinh mit phang (ABC): %+%+§=1<:>4x+2y+z—4:0
0+0+3-4
Khi do: d(M,(ABC))=¥=L.
Va4 422412 21
Cau 50: [Mirc dd 4] Trong khong gian Oxyz, cho mit phang (P)IZ:O va hai diém A(Z;—I;O),
B(4;3;—2). Goi M(a;b;c)e(P) sao cho MA=MB va goc AMB c6 sb do 16n nhat. Khi dé

dang thirc nao sau ddy ding?

23
A.c>0. B. a+2b=-6. C.a+b=0. Q.a+b=?.

Loi gidi
Vi MA=MB nén M thudc mit phang trung truc (Q) ciia doan thang AB .
Tacé (©) di qua trung diém 7(3;1;—1) cia AB va c6 vécto phéap tuyén 1a AB= (2;4;-2) nén
(Q) c6 phuong trinh la
2(x=3)+4(y—1)—-2(z+1)=0<> x+2y—z—6=0.
Vi M e(P) va M <(Q) nén M thudc giao tuyén A cua (P) va (Q).
(P) c6 vécto phap tuyén ﬁ( )= (0;0;1), (©) c6 vécto phap tuyén ﬁ(Q) =(1;2;-1). Khidé A co
vécto chi phuong U = [ﬁ(P),ﬁ(Q)] =(-2;1;0).
Chon N(2;2;0) la mot diém chung ctia (P) va (Q). A di qua N nén c6 phuong trinh
x=2-2t

y=2+t (teR).
z=0



Vi M €A nén M =(2-2£;,2+1;0). Theo dinh 1y cosin trong tam giac MAB , ta c6

2 2 2 2 2 2
COSAMBzMA +MB” - AB :2MA AB 1 AB

2MA-MB IMA? COMAE
Vi AB khong d6i nén tir biéu thic trén ta co6 4MB 16n nhat & cos AMB nho nhit & M4
nho nhit.
2
Ta cd6 MA* =(2t)2 +(t+3)2 =52 +6t+9= 5(t+§j +35—62?

, 16 7
bang thic xay ra < ¢ :—g, khi d6 M(?;E;O)

Vay a+b:§_



PE ON TAP KIEM TRA GIUA HQC KY II
MON: TOAN 12 - BE SO: 06

Cau1: Ho tit cd cc nguyén ham ctia ham so f/(x)=x"+x" 1a
A. lx5+l)c3+C. B. 4x° +2x. C. 4x’ +2x+C. D. X’ +x +C.
Chu2: Chohamsd f(x) théaman f’(x)=3-5sinx va f(0)=10.Ménh dé nao duéi day dung?

A. f(x)=3x-5cosx+15.

B. f(x)=3x—5cosx+5.
C. f(x)=3x+5cosx+2. D. f(x)=3x+5c0osx+5.

Chu3: Honguyén ham cua hamsé f(x)=7"1a

x+1 X
A. ! +C. B. x.7"'+C. C. 7"Inx+C. D. ! +C.
x+1 In7
Céu4: Timho nguyén ham cta ham s f(x)= L
2x+3
1 1 -2
A. In|2x+3[+C. B. —In|2x+3]+C. C.——+C. D. ——+C.
2 X" +3x (2x+3)

Cau5: Cho F(x) languyén ham cia hams6 f(x)=5x" +L3 thoa man F(1)=0. Tim F(x).
x

A F(x):x5—2ixz+%. B. F(x)zxs—%+2
11 1 3
C F(X): 5—2—)(:2—5 D. F(X):xs'i'z—xz—g.
Cau 6: J.(x3+1)10x2dx bang
9 1 1 1 11 1 9
A. 10(x3+1) +C. B. §(x3+1) +C. C. ﬁ(x3+1) +C. D. E(x3+1) +C.

Cau 7: J.sinlo x.cos xdx bang

| 1 .
A. —ﬁsm11 x.cosx+C .B. ﬁ51n“x.cosx+C.

) 1 .
C. 10sin’ x.cosx+C. D. ﬁsm” x+C.

tanx

Cau8: Biét F(x) la nguyén ham cua ham s f(x)= thda man F(%j =e.Tim F(x).

2

cos® x
A. F(x)=e"™" —1. B. F(x)=e""—e. C. F(x)=e™". D. F(x)=e™" +e—1.
Cau 9: I(x+1).exdx bang
A. xe*+C. B. (x+2)e" +C. C.(x-1)e"+C. D. (%x2+xj.ex+c.

Céau 10: Ho nguyén ham ctua ham sé f(x)=x’Inx 1a



Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

4 4

4

4

A. lx“lnx—x—+C. B. lx“lnx+x—+C. C. lx“lnx—x—vtC. D. lx
16 4 16 4 12 4

4(lnx—3j+C.
4

& 1,8 (v6i a,b e Z) thi a* +b bing
-1 a 2
A. 8. B. 14. C. 10. L 12.
3 3
Cho [ f(x)dx=5. Tinh I=[(f (x)+2sinx)dx
0 0
A I=5+7. B.[=5+2r. C.1=3. D.I=7.
1
Biét /= [(3x” +1)dx. Khing dinh nao sau day sai?
1 2 1
A T=2. B.Iz(x3+x)0. C.I='!-(3x2+1)dx. D. 7= [(3u”+1)du.

Cho hai ham s6 f (x) , g(x) lién tuc trén [a;b] . Khing dinh nao duéi day dung?

A. jlf(x).g(x)dx:j-f(x)dx.j‘g(x)dx

B. jf(x)dx:zjf(x)dx.

ij = F(b)+F(a) v6i F(x)=[ f(x)dx.

D.Néu f(x)20 Vxe[a;b] thi [ f(x)dx>0.

a

Néu d6i bién ¢ = tan x thi tich phan 7 =

Oty

COS X

1 1

A. I:Ie’(1+t2)dt. B. I:je’dt. C. Iz—j‘e’dt.

0 0

Cho jf(x)dx:12 . Tinh I=jf(3x)dx

1 s
e"".———dx tr¢ thanh

D.Iz—je’(1+t2)dt.

A. 1=6. B. I1=36. C.1=2. D. [=4.

X a

Biét =— vol a,beN Va— 1 phan sd tbi gian. Tinh S =a” +b°
f —d - 1ap g

A. §=73. B. S=71. C. §=65. D. S =68.

1
Biét I\/4—x2dx=%7z+c 3,v6i a,b,ceN va % 1a phan s6 toi gian. Tinh T=a+b+c
-1

A. T=9. B. T =8. C.T=T7.

.T=6.



Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

3
Biét I(2x+1)cosxdx=a7r—b,vdi a,beN.Tinh T=a+b.
0

A.T=5. B. T =4. C.T=3. D.T=2.

2
Biét jlnx.dx=a1n2—b,véi a,beN.Tinhténg T=a+b
1
A T=4, B.T=3. C.T=6. D.T=5.

Trong khong gian véi hé truc toa do Oxyz, cho vecto a=i- 2}' +3k. Vecto a cb toa dd la
A. (-2:331). B. (3;-2:1). C. (-1;2;-3). D. (1;-2;3).
Trong khong gian véi hé truc toa dd Oxyz , cho diém M (1;2;3) . Goi H 14 hinh chiéu vuong goc

cua M trén truc Ox,khidd6 H c6toadd la
A. (1;2;0). B. (1;0;0). C. (0;0;1). D. (0;1;0).

Trong khong gian véi hé truc toa 0 Oxyz, cho hai diém A(x;y;z), B(x’;);z"). Trong céc
khing dinh sau, khing dinh dung 1a:

A. E:(x'+x;y'+y;z'+z). B. Ez(x'—x;y’—y;z'—z).
C. E:(x—x';y—y';z—z'). D. Zl_é:((x—x')2;(y—y')z;(z—z’)2).

Trong khong gian véi hé truc toa do Oxyz, cho diém A(0;2;—1) va vecto "= (3;0;2). Tim toa
dd diém B sao cho AB=u

A. B(-3;2;-3). B. B(3;2;1). C. B=(3;41). D. B=(-3;21).
Trong hé truc toa dd Oxyz, cho diém 4(-2;1;3). Tim toa d6 diém A’déi ximg véi A qua Oy .
A. A'(21;-3). B. A'(-2;,-1;3). C. 4'(2;0;-3). D. A4'(-2;0;3).

Trong khong gian v6i hé toa do Oxyz, cho hai vecto a = (1,0;-2) va b= (2;-13). Tich ¢
hudng cia hai vecto avabla mot vecto co toa do la:

A (2731). B. (-2;7;-1). C. (2-71). D. (-2-7;-1).

Trong khong gian vé&i hé truc toa do Oxyz, cho mit cu (S):(x—S)2 +(y—1)2 +(z+2)2 =9.
X4c dinh ban kinh R ctia mit cau (8)?

A. R=3. B. R=6. C. R=9. D. R=18.

Trong khong gian vdi h¢ truc toa d§ Oxyz, tinh ban kinh R cua mat cau (S ) tam [ (2;1; —1) va
tiép xtic véi mat phang (P) :2x-2y—-z+3=0.

A. R=9. B. R=4. C. R=3. D. R=2.

Trong khéng gian véi hé toa d6 Oxyz . Viét phuong trinh mit cdu c6 tim 7 € Ox va di qua hai
diem A4(1;2;0), B(-3;4;2)
Ao (x+3) +y*+2°=20. C(x#3) 4y 422 =9.

B
C. (x+2)2+y2+22:16. D. (x+2)2+y2+22:9.



Céu 30: Trong khong gian voi hé toa do Oxyz, mit phang (P):x+2y+3z-5=0 c6 mdt véc to phap
tuyén 1a
A.n=(3,2,1). B.n=(-1,2,3).  C.n=(1,2,-3). D.n=(1,2,3).
Cau31: Trong khong gian Oxyz, phuong trinh mat phing di qua ba diém
A(2;0;-1),B(1;-2;3),C(0;1;2)1a
A. 2x—z+15=0. B. 2x+y+z-3=0. C.2x-z-3=0. D. 2x-z-5=0.

Céu 32: Tronghé toa dd Oxyz , phuong trinh mt phang trung tryc cia doan thang A(1;1;-1),B(5;2;1)

la
A. 6x+3y—-27=0. B. 8x+2y+4z-27=0.
C.8x+2y+4z+27=0. D. 4x+y+2z-3=0.

Cau 33: Diéntich S cua hinh phang giéi han béi cac duong y=x* -3x, y=x, x=-2, x=2 la:
A. § =9 (dvdt). B. §'=8(dvdt). C. § =7 (dvdt). D. § =6 (dvdt).

Céu 34: Dién tich S cua hinh phang giéi han boi cac duong y=x>—2x,y=x—x" 1a

A. S= ? (dvdt). B.S= % (dvdt). C. S =12 (dvd). D. S =6 (dvdt).

Céu 35: Néu dat £ =cosx thi tich phan 7 = | sin” x.dx tro thanh:

S 0 [N

2
Ciu 36: Cho J = j

0

e Néu dat x=2tan¢ thi trong cac kh'fmg dinh sau, khéng dinh nao sai?
X"+

3 |
AP rd=—2 B. dv=2(+tan’ )dr C. 1= [~dr D. I = [~
COS X ()2 02
e 2
Cau 37: Bibt j(3x2+2x)lnxdx=%e3+e—+%;a,b,ceN va la phan s6 t6i gian. TinhS =a+b+c
C
1
A. 5=10. B. S=9. C.S=8. D.S=7.
Ciu 38: Gié tri cua Im—zxdx:
X
1
A 2Z¢ B.£22 C1+2. p. &L
e e e e
Cau39: Biét [ 25’“ )2dx:£ v6i a,beN va % la phn s6 ti gian. Tinh S =a +b.
X" +4

A. §=10. B. §=9. C. §=8. D. §=7.



Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

55

Cho j & n2+bInS+cinll , Vi a,b,c 1a cac sd hitu ty. Ménh d& nao sau day dung?
e XA x+9

A.a-b=—c. B.a+b=c. C.a+b=3c. D. a-b=-3c.

Trong khong gian véi hé toa dd Oxyz , phuong trinh ndo dudi day 1a phuong trinh mét cau di qua

ba diém M (2;3;3), N(2;-1-1), P(-2;-1;3) va c6 tdm thudc mit phang
(a):2x+3y—-z+2=0.

A X>+y +27-2x+2y-22z-10=0. B. X’ +y’ +2z°—4x+2y-62z-2=0.
C.xX’+y’+2° +4x-2y+6z+2=0. D. x*+y*+2° - 2x+2y—-2z-2=0.

Trong khong gian Oxyz, cho mit cau (S):x* +* +2z° —=2x+4y+2z-3=0, (P) la mit phang
chira truc Ox va cit mit cau (S) theo mdt duong tron c6 béan kinh bing » =3. Mit phing (P)
c6 phuong trinh 1a

A. (P):y-2z=0. B. (P):2y+z=0. C.(P):2y-z=0. D.(P):y+2z=0.
Trong khong gian vi hé truc toa do Oxyz. Mat phéng (P) di qua diém I (2;—3;1) va chira truc

Ox c6 phuong trinh la
A. (P):3y+z=0. B. (P):3x+y=0. C.(P):y-3z=0. D.(P):y+3z=0.

Cho chuyén dong thang xac dinh boi phuong trinh s = %(r“ +3¢*) vé6i ¢ tinh bang gidy, s tinh
bang mét. Tim vén toc cua chuyén dong tai thoi diém ¢ =4 (gidy).

A. l40(m/s). B. 150(m/s). C. 200(m/s). D.O(m/s).

Mot vat chuyén dong voi phuong trinh van tde 1a v(t) =3t+2 (m / s) . Biét tai thoi diém =2
(gidy) thi vat di duoc quing duong 1a 10m . Hoi tai thoi diém =30 (gidy) vat di duoc quing
duong bao nhiéu?

A. 1410m . B. 1140m. C. 300m. D. 240m.

Cho ham s6 f(x) lién tyc trén R. Goi S la dién tich hinh phang gi6i han boi cac duong:
y=f(x), y=0, x=-1, x=4 (hinh v& bén dudi). Ménh dé nao dudi day ding?

A. S:—J.f(x)dx+:4[f(x)dx. B. S=j.f(x)dx+jf(x)dx.



Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cho ham s0 f'(x) c6 dao ham lién tuc trén [-1,2], théa méan
2
S (x)+2xf (x*=2)+3f (1-x) = 4x*. Gid tri tich phan 7 = [ f(x)dx biing
el
A. 3. B. 5. C. 15. D. 8.

1
Cho ham f(x) lién tuc trén (0;+o), thoa man f(Inx)+ f(1-Inx)=x. Tinh I = If(x)dx.
0

2(e-1) B. <. c. ¢t D.
3 2 2

e+1 e—1
—
Dién tich S cta hinh phang gi¢i han boi do thi ham sé y =x” —4x+5 (C ) va hai tiép tuyén cua
(C) tai cac tiép diém A4(1;2); B(4;5) la
A. S= n ( dvdt). B. S= 2( dvdt). C.S= E( dvdt). D. §S= E( dvdt).
4 4 4 4
Cho ham s6 f(x)>0,VxeR va lién tyc trén R théa man f(x).f"(x)=2xf>(x)+1 va

/(0)=0. Gié tri 16n nhét cia ham s6 f'(x) trén doan [1;3] bang
A. 20. B. 411, C. 12. D. 3V/11.



Cau 1:

Ciu 2:

Cau 3:

Cau 5:

HUONG DAN GIAI CHI TIET

Ho tat ca cac nguyén ham ctia ham s6 f(x)=x"+x" 1a

A- B. 4x’ +2x. C. 4x +2x+C. D. X’ +x’ +C.

Loi giai
Ta co I(x4+x2)dx:lx5 Jrlx3 +C.
5 3

Choham s f(x) théaman f'(x)=3-5sinx va f(0)=10. Ménh d& ndo duéi day ding?

A. f(x)=3x-5cosx+15. B. f(x)=3x—5cosx+5.
. f{x)=3r+Scosx=2. b () =3+ Scosx 5.
Loi gidi

Ta c6 f'(x)=3—55inx:>f(x)=I(3—5sinx)dx=3x+500sx+C.
Mait khac f(0)=10:>3.0+50080+c=10 &5+C=10<C=5.
Vay f(x)=3x+5cosx+5.

Ho nguyén ham ciia ham s6 f(x)="7" la

x+1
x+1

D
Loi giai
r X 7x
Tacod I7 dx = +C.
In7
Tim ho nguyén ham ctia ham s6 f (x)z ! .
2x+3
A In2x+3[+C. B. c-' 4sc. b2 _cC
x"+3x (2x+3)
Loi giai

1 dx=11n|ax+b|+C.
ax+b a

C1: Str dung cong thitc nguyén ham I

‘. 1 1
Ta co: If(x)dx:jmdxzaln|2x+3|+c

1

C2: Sir dung vi phan: If(x)dxzjz —
X

dx=lj;d(2x+3)=lln|2x+3|+C.
29 2x+3 2

Cho F(x) 1a nguyén him cta ham s6 7 (x) = 5x* +% thoa man F(1)=0. Tim F(x).

3 1

3
A. F(x)=x5—2x2 -l-E.B. F(X)ZXS—?—FQ,.

1 3
C. D. F(x)=x’ —-=.
‘_ ()=x 5073

Loi giai




Ta co: F(x)=j(5x4 +%}dx=x5 —217+C,

F(1)=0=1 - 1 +C=0<:>C=—%.

2.1°
Viy F(x)=x"— 212 —%.
[(x +1) xdx bing
A. 10(x3+1)9+C. 5.- C. %(x3+1)“+c. D. %(x3+1)9+c.

Loi giai

Cl: Xét 7 = [(x° +l)10x2dx.

Détt=x3+1:>dt=3x2dx:>%=x2dx
1 tll tll

= 1= ~dt=0.—+C=—+C
311 33

C2: Str dung vi phan:

l<x3+1)11 C_(x3+l)11
3711 33

[(0+1)" xax =§ [(2+1)"d(x +1) =

Isinlo x.cosxdx . .
bang

A. —isin11 x.cosx+C . B. Lsin“ x.cosx+C.
11 11
C. 10sin’ x.cosx+C. D. -
Loi gidi
Ta co Jsinlo x.cos xdx :jsinlo xd(sinx) =ﬁsin” x+C.

tan x

Biét F(x) 12 nguyén ham cua ham sé f(X) = >— théa man F[%j =¢. Tim F(x).

CoS X
A. F(x)=e™"-1. B.F(x)=¢""-ec. g.- D. F(x)=e¢""+e-1,
Loi giai
Cach 1:
. etanx
A 1N . F — dx — tan x _ afanx
Theo d& bai ta c6: F (x) J.coszx Ie d(tanx) =™ +C.

T tanZ
F(Zj=e<:>e 4 4C=eC=0.



Cau 9:

Cau 10:

Véy F(X) — etanx .
Cach 2:
1

cos® x

Dat t =tanx = dt = dx

Khi do F(x) tré thanh [e'dt=¢'+C

= F(x)=e™ +C.

T tanZ
F(z)=e<:>e ‘+C=e=C=0.

Véy F(x) — etanx .

Cach 3:

tan x

F(r)=] S o= (e as e e

T tanZ-
F(Zj=e<:>e 44C=eC=0.

Véy F(x) — etanx .

[Mirc d 2] j (x+1)e*dx bang

A.- B. (x+2)e'+C.  C.(x-1)e"+C.

Loi giai
it Uu=x+ N u .
dv=e"dx

Ta co: I(x+1).e"dx =(x+1)e —'[exdx =(x+1).ex —¢'+C =xe" +C.

Cich 2. (thiy Hoa)

j(x+1).e"dx = I(x.ex + e")dx = J(x.ex )'dx =xe" +C.

Ho nguyén ham ciia ham sb f(x) = Xlnx 1a
4 4

A. B. lx4lnx+x—+C, C. lx4lnx—x—+C,
- 4 16 4 12

Loi giai

Xét zzjx31nxdx

D. (%xz +xj.ex +C.

D. lx4 (lnx—ij+c,
4 4



:Iz%.lnx—j

4

3 4
T dx=2Inx-2-+C.
4 4 16

. otde 1 b C o s
Cau 11: Biet .[ =—In— (V61 a,b € Z ) thi o’ +b bang
1 3x-1 a 2

A. 8. B. 4 C. 10. D. 12.
Loi giai

: 2
Taco | dx =11n|3x—1| s tmo=tin2 S a-3pes.
13x—1 3 13 3 302

Vay a* +b=3>+5=14.

O ey [N

3
[f(x)dx=>5 1=
Cau 12: Cho © . Tinh

A I=5+7. B. [=5+2r. C.1=3. D. =

Loi giai

(/(x)+2sinx)dx

(f(x)+2sinx)dx:j‘f(x)dx—2cosx|0% =5+2=7.

~
I
S b

1
Céiu 13: Biét /= I(3x2 + 1)dx. Khing dinh nao sau day sai?
0

1). g.- D. I=j;(3u2+l)du.

Loi giai

A 1=2. B.Iz(x3+x)

Ta co:

3

[=j).(3x2 +1)dx=(3.%+xj 1)

Suy ra, dap 4n A, B 1a nhiing khang dinh dvng.

=(x*+x) g=(13+1)—0=2

b b
Mit khac, tich phan ctia ham 6 7 tir ¢ dén b c6 thé ki hiéu boi [ #(x)dx hay [ f (u)du . Tich

phéan d6 chi phu thuc vao 7 va vao cac can ;b ma khong phu thudc vao bién s6 X hay U.
Do d6, dap an D 13 mot khang dinh diing.
Vay khing dinh sai ¢ bai nay 1a dap an C, suy ra chon dép an  C.

Cau 14: Cho hai ham s6 f(x), g(x) lién tuc trén [a;b]. Khing dinh nao dudi day dung?

b

A. .[f(x).g(x)dx:zf(x)M.ig(x)M.

a



C. [ f(x)dx=F(b)+F(a) véi F(x)=[[(x)dr.

a

D._

Loi giai

Néu f(x)=0 Vxe[a;b] thi if(X)dx=i0dx=Cli ~0

Néu f (x) >0 (d4u bang xay ra tai mot vai diém), goi F (x) 1a mot nguyén ham cua f (x) trén
doan [a;b].

Taco: F (x) = f(x) >0 trén doan [a;b] nén F(x) dong bién trén doan [a;5]

Mit khac a <b=> F(a)<F(b)
:>j:f(x)dx=F(b)—F(a)>0
Viay j.f(x)deO.

1

Cau 15: Néu d0i bién ¢ = tan x thi tich phan /= ™. ——dx tr& thanh

O i | N

COS X
1 1 1
A.I=Ie’(l+t2)dt. B.- C.I=—Ie’dt. D.I=—Ie’(1+t2)dt.
0 0 0
Loi giai
batr=tanx = dr = 12 dx.
COS X
Pdican: x=0=17=0.
x=£:>t=1.
4
1
Khido 7 =[e'dz.
0
6 2
[/ (x)dx=12 I={f(3x)dx
Cau 16: Cho © . Tinh 0 .
A. 1=6. B. 1=36. C.1=2. D. =4
Loi giai

bat t =3x=dr =3dx.

Poican: voi x=0=¢=0va x=2=1=6.



Do dé 1:if@x)dx:jf(t)%:ﬁf(x)dx.

0

A 0 12
Vay I:jf(3x)dx:?:4.
0

a . L a o A A LA o ;
Y dv=2 vsia,peN va 7 1 phan so toi gian. Tinh S =a* +5°

o Vx+1
A §=73. B. §="7I. C. §=65. D. §=68.
Loi giai
¢ X
= dx
o Vx+1

Pit t=vx+1= > =x+1= 2idt = dx

Pdican: x=0=r=1; x=3=¢=2

2 2 2 3 2
_ 3
Khidé:I:J.t 1.2tdr=2j(z2—1)dz=2 LAY I B L R )
1 1 370 737 =3

1
Cau 18: Biét J.\/4—x2dx=%7r+c 3,v6i a,b,ceN va % 1a phén s ti gian. Tinh T =a+b+c
-1

B. T=8. C.T=7. D. [=6k
Loi giai

A.T=9.

bat x=2sint = dx=2coszd¢
Doi can:

V4
x=—l=t=—
6

s
x=1=t=—
6

| o
J\/4—x2dx: J\/4—4sin2t2costdt
-1 _ﬁ

6



Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

z
6

:§ﬂ+\/§.

= 2(x+lsin2xj
2

Suyraa=2,b=3,c=1,T=a+b+c=2+3+1=6.

-

SR LR

Biét |(2x+1)cosxdr=ar—b,véi a,beN.Tinh T=a+b.
A.T=5. B.T=4. C.T=3. D. [F=2)
Loi gidi

sin x dx

O 0 | N

(2x+1)d(sin x) = (2x+1)sin x|0% -2

S 0 |y
O | N

(2x+1)cosxdx =

=[(2x+1)sinx+2cosx]|;21 =rx-1

Suyraa=1,b=1.Vay T =2.

2
Biét jlnx.dx:aln2—b, v6i a,beN. Tinh tong T =a+b
1

A. T=4. B. T=3. C.T=6. D.T=5.
Loi giai

_ |u=Inx du=ldx
bat X
dv=dx

Ta co:

2 2 2 1 2 2
J.lnx.dx=xlnx —jx.—.dx :21n2—jdx=21n2—x =2In2-1
1 1 1 X 1 1

2
Theo gia thiét [Inx.dx=aln2-b
1

Dodbo a=2,b=1.Vay T=2+1=3.
Trong khong gian vai hé truc toa d0 Oxyz , cho vecto a=i- 2}' +3k . Vecto a co toa do la
A (=2;3:1). B. (3;-2;1). C. (-1;2;-3). D. (1;-2;3).
Loi giai
Do a=i-2j+3k nén vecto a cb toa df 1a (1;-2;3).
Trong khong gian véi hé truc toa dd Oxyz , cho diém M (1;2;3) . Goi H 14 hinh chiéu vuong goc

cia M trén truc Ox, khi d6 H co toa do la

A. (1;2;0). B. (15050). C. (0;0;1). D. (0;1;0).

Loi giai
Do H 1 hinh chiéu vudng goc ctia M (1;2;3) trén truc Ox nén H(1;0;0).
Trong khong gian véi hé truc toa o Oxyz, cho hai diem A(x;y;z), B(x’;);z"). Trong céc
khing dinh sau, khing dinh dung 1a:



C. Ez(x—x';y—y’;z—z'). D. E=((x—x')2;(y—y')z;(z—z')z).
Loi giai
Ta co: E=(x'—x;y’—y;z'—z).
Céu 24: Trong khong gian v6i hé truc toa d6 Oxyz, cho diém A(0;2;-1) va vecto "= (3;0;2). Tim toa

dd diém B sao cho AB=u

A. B(-3;2-3). B B(321).
C. B=(341). D. B=(-3;21).
Loi giai
Goi B (x; V; Z) 1a diém can tim.
ﬁ=(x;y—2;z+l).

x=3 x=3
AB=uc{y-2=01y=2.
z+1=2 z=1

Vay B=(3;21).

Céu 25: Trong hé truc toa 46 Oxyz, cho diém A(—2;1;3) . Tim toa do diém A’d6i xting voi A qua Oy .

A A(21-3). B. A(-2-1;3).  C. A(20;-3). D. A4'(-2;0;3).

Loi gidi
Ta 6 toa do diém A’ ddi ximg véi A qua Oy 1a A’ (2; 1;—3).
Cau 26: Trong khong gian voi hé toa dd Oxyz, cho hai vecto a = (1,0;-2) va b= (2;-1;3). Tich co

hudéng cia hai vecto a va b 1a mot vecto c6 toa do la:

A (27:1). B. (-27:-1). C. (2-71). D. (2-7-1).

Loi gidi
Ta co [21;5} =(-2-7;-1).
Céu 27: Trong khong gian véi hé truc toa dd Oxyz, cho mat cau (S):(x—S)2 +(y—1)2 +(z+2)2 =9.
Xéc dinh ban kinh R ciia mit cau (S)?
A.[R=3. B. R=6. C. R=9. D. R=18.
Loi gidi
Vi mit cau (8):(x—5) +(y-1)"+(z+2) =9.

—R’=9=R=3.



Cau 28:

Cau 29:

Cau 30:

Cau 31:

Trong khong gian véi hé truc toa d Oxyz, tinh ban kinh R cia mét cau (S) tam 7(2;,-1) va
tiép xtic v6i mat phang (P):2x—2y—z+3=0.
A. R=9. B. R=4. C.R=3. p. R=2)

Loi giai
_22-2.1+1+3
RERTSIRE;
Trong khong gian voi hé toa do Oxyz . Viét phuong trinh mét cdu c6 tim / € Ox va di qua hai
diém A(1;2;0), B(-3;4;2)

A-_ B. (x+3) +)*+2%=9.
C. (x+2) +y*+2 =16. D. (x+2) +y*+22=9.

Loi giai

Bén kinh ctia mat cAu la: R=d(1,(P))

Do tdm [ thudc truc Ox nén toa do cia I co dang(a; 0; 0).
Mit cu di qua hai diém A4(1;2;0), B(-3;4;2) nén:

I4*> = IB?

o (a-1) +4=(a+3) +16+4
Sat-2a+5=a>+6a+29

<Sa=-3.

Ta duoc /(-3;0;0).

- A . 3 A , , - A N 2
Mit cau di qua diém A nén ban kinh mdt caula R=14=/(-3-1) +4 = J20.
Véy mit cau c6 phuong trinh: (x + 3)2 +y*+2z°=20.

Trong khong gian vé6i hé toa do Oxyz , miat phang (P) :x+2y+3z-5=0 c6 mdt véc to phap

tuyén 1a

Aon=(3,2.1). B.n=(-123).  Coa=(12-3). D.ja=(23)!

Loi giai
Mit phang (P):x+2y+3z-5=0 c6 mt véc to phap tuyén la n=(1, 2, 3).
Trong khong gian Oxyz, phuong trinh mit phing di qua ba diém
A(2;0;-1),B(1;-2;3),C(0;1;2)1a

C.2x-z-3=0. D. 2x-z-5=0.

Loi gidi
AC =(-2;1;3)
AB=(-1,-2;4)



Cau 32:

Cau 33:

suy ra [E,E] =(10;5;5)

Ta co
C(0;1;2
mp(ABC) " g )
VIPT n=(2;1;1)

(ABC):2x+(y—1)+(z—2):0

& 2x+y+z-3=0.

[ Mite d9 2] Trong hé toa do Oxyz, phuong trinh mit phang trung tryc ctia doan thing
A(l;l;—l),B(S;Z;l) la
A. 6x+3y—-27=0. B. 8x+2y+4z-27=0.
C.8x+2y+4z+27=0.D. 4x+y+2z-3=0.
Loi giai

Goi (P) 1a mat phang trung tryc ctia doan thing 4B . Khi d6 (P) qua / [3 ; % ; Oj 1a trung diém
clia AB vico 1 VTPT 4B =(4;1;2).
Vay (P):8x+2y+4z—27:0.

[ Mirc dd 2] Dién tich S cua hinh phing gidi han boi cac duong y=x*—3x, y=x, x=-2,
x=2 la:
A. S =9 (dvdt).

B. S =8 (dvd). C. § =7 (dvd).

Loi giai

D. S =6 (dvdt).

Ciach 1: Ta c6 phuong trinh hoanh d6 giao diém:

x=0

x=142"

j).(x3 —4x)dx

x*=3x=x <:>x3—4x:0<:>x(x2—4)20 @{

2 0 2

X —4x|dx = J-|x3 —4x|a’x+J.|x3 —4x|dx :‘j‘(ﬁ —4x)dx +
-2

-2 -2 0

[ﬁ—zxzj :‘O—(E—8J‘+‘(E—8j—0‘:S(dvdt).
4 4 4

Ciach 2: Ta c6 phuong trinh hoanh d6 giao diém:

0 2

+

VR
.b|><4>
|
N
=
[38)
N

-2 0

x=0

x3—3x:x<:>x3—4x:0<:>x(x2—4)20<:> .
x=%2

Xét dau bicu thue f(x)=x’ —4x ta duge:

x -2 0 2

x3_4x 0 + O — 0

Khidé S = j.|x3 —4x|dx = .(”x3 —4x|abc+j‘|x3 —4x|dx = ]).(x3 —4x)a’x—_2[(x3 —4x)dx
2 0 0

-2 -2



Cau 34:

Cau 35:

Cau 36:

2
_o- (E_sj_(ﬁ_s}o 8 (dvdy).
. 4 4

4 0 4
S R P S [ P
4 4
-2
Dién tich S cua hinh phang gi¢i han boi cac dudng y = x> —2x,y =x—x* 1a

A. S= ? (dvdt). B. - C. S =12 (dvdy). D. S =6(dvdy).

Loi giai
x=0
Phuong trinh hoanh d6 giao diém: x* —2x=x—x> < 2x’ -3x=0< 3.
X==
2
Khi do dién tich hinh phang can tim la:
3 3 3
2 2 2
S= ”2x —3x| j(2x —3x)dx (—gf +ix2J :2 (dvdt).
0 0 3 2 ), 8

[ Mitke dd 2] Néu dit ¢ =cosx thi tich phan 7 = |sin” x.dx tré thanh:

0'—.N\=u

1)3 dr .

>
N
Il
—_—— o
—_
—
|
~
)
~
(5]
[oN
~
=
~N
Il

—_~
~
[
|

~
S}
|
[S—

)3 d .

O e~ O C— 0 | —
—

=
~
I

Loi giai

3 .
1 cos? x) sin x.dx

o'—.w\a

7
Taco: [ = Ism x.dx=
0

bat ¢ =cosx suy ra df =—sinx.dx

Poi can
m
r 0 3
t 10
1
Vay I = jl £) (=dt) = [(1-
0

2
[ Mire d6 1] Cho 1:j

0

h Néu dat x =2tanz thi trong cac khéng dinh sau, khéng dinh nao
X+

sai?

4

cos’ x

A. X' +4= B. dx=2(1+tan’f)dt C.I=|—ds

S =N
N | —

Loi giai



bat x =2tant, te(—% Ej dx = 2(1+tan’ r)dt

Doi can
x| 0 2
t ‘ 0 7
4 -
2 dx f2(1+tan’f)dr t1
I={——=] . = [~
o X +4 ¢ 4tan"r+4 5 2

1 01 .
—dt # | —=dt (bam ma
S [de ( )

0

Ma

O |y

Suy ra chon D
Céch xtr 1y thudng gip cua hoc sinh khi gdp tinh huéng nay 1a:
Hoc sinh c6 thé ding may tinh bAdm két qua cta 7, sau d6 bAm dap an C va D thi ciing chon dugc dap an

D.

e 2
Cau 37: [ Mt dd 2] Biét j 3x +2x Inxdx = Ze +—+2 a,b,ceN va 1a phan sb t6i gian. Tinh
1

c
S=a+b+c
A. §=10. B. §=9. C. §=8. D. =
Loi giai
b b
Ap dung cong thuc tich phan timg phan: I udv=uv —Ivdu.
a
1
u=Inx du =—dx
bat 5 = X
dV:3x +2x 3 2
V=X +Xx

e e

—I(x3+x2).ldx =(x3+x lnx

1 X

e , , [ € 5 24 e’ 5
=+’ —| —+— [+===€ +—+—.
1 3 2 6 3 2 6

=a=2b=3c=2=>S=a+b+c=7

e

:>j(3x2 +2x)ln)adx=(x3 +x2)lnx {

ee
_[x+xdx
1

:(x3 +xz)lnx1

Cau 38: [ Mire d9 2] Gid tri cua | ln—fdx :
X
1

2-¢ B. 2 c1+2 p. £

e e e e
Loi giai

A.

Voi I = J. ln—zxdx St dung phuong phap tich phén timg phan ta co
X
1



Cau 39:

Cau 40:

Cau 41:

lnxzu:gzdu

bit X Khi do [ =—0* +ji2dx=_—1+__1 _2 -2
dx -1 X || 1x e x| e e
—=dv=>—=v
X X

Biét [ X __ax=2 véi a,beN va L 1a phan sb t6i gian. Tinh S=a+b.
0()c2+4) b

A. S=10. B.lS=9. C. 5=8. D.S=7.

Loi giai
, 1 S5x 1 ,
Cach 1: Bém méy tinh |,7———dr=—.Dod6é a=1,b=8=5=1+8=9.
(x +4) 8

Cach 2: bit x2+4:u:>2xdx:du:>xdx:d7u

Doi can:
0
u (4 5
5
[ ax=2p 2 201 pogs a=1p-8=5-1+8=9.
0(x2+4) 2% u 2 ul, 8
55 d.x , \
Cho I—:aln2+bln5+cln11,véi a,b,c 1a céc sb hitu ty. Ménh dé nao sau day dung?
6 XA/ x+9
A a-b=—c. B.a+b=c. C.a+b=3c. D.a-b=-3c.
Loi giai
Pit u=Vx+9=u*=x+9 = 2udu =dx.
Ddi can
x | 16 55
U3 8

16 5

JF o deF 2ude  F odu 11 Ry
TacoIx.Jx+9_!(u2—9)u_2'!u2—9_2'[{6(11—3) 6(u+3)Jdu_3J.(u—3 u+3jdu

=l(ln|u—3|—ln|u+3|) 8=l(ln5—ln11—ln2+ln8) :£1n2+lln5—lln11.
3 5 3 3 3 3

2 1 I4
Do d6 a=§,b= c=—§,ta thay a —b =—c nén dap an A théa man.

1
3’
Trong khong gian voi hé toa dd Oxyz , phuong trinh ndo dudi day 1a phuong trinh mit cau di qua
ba diém M(2;3;3), N(2;-1-1), P(-2;-1;3) va c6 tdm thuoc mat phang
(a):2x+3y—-z+2=0.

C. X"+’ +2°+4x-2y+62+2=0. D. X’ +y +2° =2x+2y-2z-2=0.



Cau 42:

Loi giai

Goi mit cau (S) can tim ¢6 tim (a;b;c), bankinh R.
Vi mit cdu di qua 3 diem M (2;3;3) ; N(2;-1;-1) ; P(-2;-1;3) va c6 tm thudc mit phang
():2x+3y—z+2=0 nén ta c6 h¢ phuong trinh:

]e(a) 2a+3b—c+2=0

IM=IN < {(a=2) +(b=3) +(c=3) =(a=2)" +(b+1) +(c+1) .

IM=IP  (q-2) +(b-3) +(c=3)" =(a+2) +(b+1)

2a+3b—c+2=0 a=2

& 1-8—-8c+16=0 < b=-1.
—-8a—-8b+8=0 c=3

Khi do R=IM =(2-2) +(~1-3) +(3-3)’ =4.
Vay phuong trinh mt cau () la:
(x=2) +(y+1) +(z-3) =4 &’ +y* +2* —4x+2y—62-2=0.

Trong khong gian Oxyz, cho mit cau (S):x*+y* +2z° —=2x+4y+2z-3=0, (P) la mit phang

chira truc Ox va cit mit cau (S) theo mdt duong tron c6 béan kinh bing » =3. Mit phing (P)

c6 phuong trinh 1a
A. (P):y-2z=0. B. (P):2y+z=0. C.(P):2y-z=0. D.(P):y+2z=0.

Loi giai

Vi (P) 1a mit phang chtra truc Ox nén phuong trinh mét phang (P) c6 dang: By +Cz=0 véi
(B*+C* %0).

Mat khac mat cdu (8):x” +y” +2° = 2x+4y+22-3=0 & (x—1) +(y+2)" +(z+1)’ =9.
Vay tam /(1;-2;—1) bankinh R=3.

Vi d =vR> —r* =/3° =32 =0 nén mit phing (P) 1a mit phang di qua tm /(1;-2;-1).
Suyra 2B-C=0< C=-2B.

Vay phuong trinh mit phing (P) codang: By—-2Bz=0< y-2z=0.



Cau 43:

Cau 44:

Cau 45:

Cau 46:

Trong khong gian véi hé truc toa d§ Oxyz. Mit phang (P) di qua diém 7(2;-3;1) va chira truc

Ox c¢o6 phuong trinh la

A. (P):3y+z:0. B. (P):3x+y=0. C. (P):y—3z:0. Q._

Loi giai
Truc Ox di qua O(0;0;0) va c6 VTICP i =(1;0;0).
Mait phéng (P) di qua ](2; —3;1) va chira truc Ox ¢6 VIPT la n = F,&} = (O;—l; —3).

Vay phuong trinh mit phang (P) la O(x—2)—1(y+3)—3(z—1):0<:>y+3Z:O.

Cho chuyén dong thang xac dinh boi phwong trinh s = %(r“ +3¢*) v6i ¢ tinh bang gidy, s tinh
bang mét. Tim vén tdc cta chuyén dong tai thoi diém 7 =4 (gidy).
A.- B. 150 (m/s). C. 200 (m/s). D. 0 (m/s).
Loi giai
Phuong trinh van toc ctia chuyén dong 1a: v(¢) =s'(¢) = 2¢° +3¢.

Van tbc cta chuyén dong tai thoi diem ¢ =4 (gidy) la: v(4) =2.4"+3.4=140 (m/s).

Mot vat chuyén dong véi phuong trinh vén toc 1a v(t) =3t+2 (m / s) . Biét tai thoi diém =2
(gidy) thi vat di dugc quing duong 1a 10m . Hoi tai thoi diém 7 =30 (gidy) vat di duogc quing
duong bao nhiéu?
A. 1410m. B. 1140m. C. 3007 . D. 240m.

Loi giai
Ta c6 quing dudng vat di duoc tir thoi diém 7 =2 t&i ¢ =30 la:

S= ]9(3t+2)dt =5(30)-5(2) & 5(30)-5(2)=1400 < $(30) =1400+ 5 (2) =1410/m.

2
Cho ham s6 f(x) lién tyc trén R. Goi S la dién tich hinh phing gi6i han béi cac dudng:
y=f(x), y=0, x=-1, x=4 (hinh v& bén duéi). Ménh dé nao dudi day ding?




Loi giai

4
Dién tich hinh phang gi6i han boi cac duong y = f(x), y=0,x=-1,x=41a S= “f(x)|dx
-1

Dua vao do thi ciia ham so y = f'(x) ta thay trén [-1;1] thi /(x)>0 vatrén [1;4] thi f(x)<0
1 4
‘Do do: §=[ f(x)dx—[f(x)dr.
-1 1
CAu 47: Cho ham sb f(x) ¢6 dao ham lién tuc trén [—1,2] , thoa man
2
J(x)+2xf (x* =2)+3f (1-x) =4x". Gid trj tich phan 7 = [ £ (x)dx bang

-1

A3 B. 5. C. 15. D. 8.
Loi gidi
Taco: f(x)+2xf (x* =2)+3f (1-x)=4x".
2 2 2 2
= [ f(x)dx+ [2x.f (¥ =2)de+3[ £ (1-x)dv = [ 4x’dx =15 (¥).
—1 —1 -1 -1
Pitu=x>"-2=du=2xdx;véi x=—1=Du=-Lx=2=u=2.
2 2 2
Khido [2x.f (" =2)dv=[ f(u)du= [ f(x)dx (1).
-1 -1 -1
batt=1-x=>dt=—dx; voi x=-1=¢t=2;x=2=t=-1.
2 2 2
Khido [ f(1-x)dv=[f(e)det=] f(x)dx (2).
-1 -1 -1

Thay (1),(2) vao (*) ta dugc: Sj.f(x)dx:15:jf(x)dx:3.

1
CAu 48: Cho ham f'(x) lién tyc trén (0;+o0), théa man f(Inx)+ f(1-Inx)=x. Tinh /= If(x)dx.
0

a2 B. <. c. &l p. &8
3 2 2 2
Loi giai
. . f(Inx)+ f(1-Inx)
Véi x e(0;40) thi f/(Inx)+ f(I-Inx)=x < =1.
X

bat x=In¢. Suy ra dx:£.
t

Pdican x=0=1=1, x=1=t=e.



Cau 49:

bit x=1-Inz. Suyra dx——%

Pdican x=0=>¢=e, x=1=1t=1.

Do dé I = jfl o) 4 jfl ) 4 (2).

)+ /(1=Ine) ~[dr=e-1.
t

1

Cong vé véi vé ciia (1) va (2) ta duge 2/ = | f(nt
1

e—1
Suyra [ =——.
y 2

Dién tich S ctia hinh phang gi¢i han bi do thi ham s6 y =x” —4x+5 (C) va hai tiép tuyén cua
(C) tai céc tiép diem A(1;2); B(45) 1a

A. S =%(dvdt). B. S=%(dvdt). C. s:%s( dvdt).  D.S =%(dvdt).

Loi giai
Tacod y=x"—4x+5.TXD: D=R.

y'=2x—-4 :{f'(l):—%
/1(4)=4
Phuong trinh tiép tuyén véi (C)tai diém 4(1;2) 1a
yv=y,=f"(x)(x—x,) ©y="2(x-1)+2 © y=-2x+4(d).
Phuong trinh tiép tuyén véi (C) tai diém B(4;5) la
y=yp=f"(x;)(x—x;) ©y=4(x-4)+5 < y=4x-11 (d')
Phuong trinh hoanh d¢ giao diém ciia hai duong tiép tuyén 1a —2x+4=4x—-11 < x= %
Dién tich S ctia hinh phing gi¢i han béi d6 thi ham s6 y =x”* —4x+5 (C) va hai tiép tuyén cta

(C) tai céc tiép diem A(1;2);B(4;5) 1a

S=j|(x2 —4x+5)—(—2x+4)|dx+i|(x2 —4x+5)—(4x—1D)dx.

2

—4) dx =

oo | \©
+
o | \©
Il
NG N}

(1) e+ jj|x ~8x+16x j Y+

N\m'—.p
><



-al

Cau50: Cho ham s6 f(x)>0,VxeR va lién tuc trén R théa man f(x).f"(x)=2x.//(x)+1 va
f(O) = 0. Gia tri 16n nhit ciia ham s6 f(x) trén doan [1;3] béng

A. 20. B. 4J11. C. 12. p. BVt

Loi gidi
Taco f(x).f’(x):Zx.w/fz(x)+l@%f)’(?=2x.

@[W]:2x:>\/m:‘[2xdx:xz+€(*).
Thay x=0 vio (*) ta duge \//*(0)+1=0+C = C=1.
Tu (*)suyra [/ (x)+1=x"+1< [ (x)=x" +2x°.
Vi f(x)20,¥xeR nén f(x)=x"+2x.
Xétham sé f(x)=+/x*+2x trén doan [1;3] ta co

2x° +2x

f'(x)=—>0,Vxe[l;3].

Vxt +2x7

Suy ra ham s6 f (x) luén dong bién trén doan [1;3].

Vay rﬂg]xf(x)zf(?s):_?)\/ﬁ.



Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

DE ON TAP KIEM TRA GIUA HOC KY II
MON: TOAN 12 - DE SO: 07

2
Gid tri ctia I2e2xdx la
A. 3e*-1. B. 4¢*. C.e'-1. D. ¢'.
Cho ham s8 f(x) lién tuc trén R va F(x) la nguyén ham cta f(x), biét j f(x

va F(0)=3.Tinh F(9).
A. F(9)=-6. B. F(9)=6. C. F(9)=12. D. F(9)=-12.

Cho ham s8 f(x) lién tuc trén R va c¢6 mot nguyén ham la F(x). Biét F(2)=-7.Gia
tri ctia F(4) la

A. j[—7+f(t)]dt. B. —7+jf(z)dt. C. =7+ f'(4). D. f'(4).
Biét F(x) la 1 nguyén ham cua f(x) =cos’ x va F(ﬂ') =1. Tinh F(%j .

A F[E|=2437 0 Bop(E|=337 0 o p(E)2237 D.F(£)=3+3—”.
4) 48 4) 4 8 4) 4 8 4) 48

5

Cho hai tich phan J.f( )dx=8 va jg Jdx=3.Tinh [ = j[f x)—l]dx.
b

A. I=-11. B. I=13. C.1=27. D. 1=3.

Cho tich phan Lozcos 2x.cos4xdx = a+b/3, trong d6 a,b 14 cac hang s6 hitu ti. Tinh
3

e’ +log, |b|

A. 2. B. -3. C.%. D. 0.
Gia st rang J.3x+—5;1d =aln§+b . Khi d¢, gid tri cia a+2b la

A. 30. B. 60. C. 50. D. 40.

Cho ham s6 f(x) c6 dao ham lién tuc trén doan [0;1] va thoa man f(0)=6,
1

[(2x-2)./"(x)dr=6. Tich phan [ f(x)dx

0

A. 3. B. -9. C.3. D. 6.

In2
Biét rz‘ing I (x+

0

dr=11n* 242+ cln. Trong d6 a,b,c 1a nhitng s6 nguyén.
2e" +1 2 3

Khidd S=a+b-c bfmg
A. 2. B. 3. C. 4. D. 5.



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

— N
=
(3]
~
—_
=
N—

Cho ham s6 y = f'(x) lién tuc trén R va théa man | f(tanx)dr=4 va I
0

0
1

Tinh tich phan 7= [ f (x)dx.
0

A. 6. B. 2. C. 3. D. 1.

Cho ham s y = f(x) lién tuc va nhan gia tri khong am trén doan [a;b]. Dién tich hinh
thang cong gi¢i han bdi db thi ctiay = f(x), truc hoanh va hai duong thang x=a, x=5

duoc tinh theo cong thirc

A. S= j.f(x)dx. B. §= j.f(x)dx. C. §= :bffz (x)dx. D. S= ifz(x)dx.

Cho d6 thi ham s8 y = f(x). Dién tich hinh phang (phan t6 dam trong hinh) 1a

A.S= _Tf(x)dx +j‘f(x)dx B. §= jf(x)dx
C.S= _ff(x)dx +jf(x)dx D. S= j.f(x)dx —jf(x)dx

Dién tich hinh phang dwoc gidi han béi d6 thi ham s y = x°, truc hoanh va hai duong
thang x=1, x=3 1a
A. 19 B. 18 C. 20 D. 21

Dién tich hinh phéng duoc gidi han boi d6 thi ham s6 y = Jx, truc hoanh va hai duwong
thang x=1, x=4 1a

A4 B. = c. D. 2
5 3 3

Dién tich hinh phéng dugc gidi han boi d6 thi ham s6 y = ifx , truc hoanh va hai duwong
théng x=1,x=81a
45 45 45 45

A — B. — C.— D. —
2 4 7 8

Cho hinh phang giéi han béi cac duong y=+4-x>, y = %xz quay xung quanh truc Ox.

Thé tich ctia khdi tron xoay tao thanh bang:



Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

2873 28742 2472

24743 B. V= C.V= D. V=
5 5 5 5

A V=

Cho hinh phang giéi han béi cac duong y=x* —6x” +9x, y =0 quay xung quanh truc
Ox. Thé tich ctia khéi tron xoay tao thanh bang;:
7297 2Tr 2566087 77767

A —— B. — C.—— D.
35 4 35 5

Hinh phéng (H) dwoc gidi han boi @6 thi hai ham s§ y = x* + x—2, y = x+2 va hai duong
thang x =-2; x=3. Dién tich ctia (H) bang
87 87

A. — B. — C.13 D. 87
5 4

Hinh phéang (H) duoc gi6i han béi d6 thi hai ham s6 y = =|x|+5. Dién tich cta

(H) bang
N 5.2 ¢ p. 2!
3 3 3 3
1 27
Dién tich hinh phang giéi han boi cac d6 thi ham s§ y=x7; y = Ex ; y="— bang
x
A. 27In2 B. 27In3 C. 28In3 D. 29In3
Cho s6 phtic z = a +bi . Khang dinh nao duéi day dung?
A. Moi s0 phtrc z déu la mot so thuc. B. SO phtic z ton tai khi ab#0.

C. Phén 4o ctia s6 phuc 1a bi. D. z lasd thuckhi b=0.

S6 phtic z duoc biéu dién boi diém M (¢ hinh vé dwdi), mo-dun ctia z bang

A. |7 =1. B. |z|=+5. C. |z=+3. D. |z|=-
Cho hai ham s6 f(x);g(x) lién tuc trén R . Khang dinh nao dudi day ding?

A [[f(x)-g(x)]de=[ f(x)dx—[g(x)dx. B. [kf(x)dx= kjf )dv,keR.

C. [f(x)g(x)de=[f(x)dx.[g(x)d. D. jf If ,g(x)=0.

Je(x




Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Ho nguyén ham cta ham s6 f(x):Zx(l+3x3) la
3
A. x2(1+%x2J+C. B. x2(1+6%}+c. C. 2x(x+%x4j+c. D. xz(x+%x3j+C.

Tim ho cac nguyén ham ctia ham s6 y = cotx.
A. —ln|sinx|+C. B. 1n|cosx|+C. C. ln|sinx|+C. D. —ln|c0sx|+C.
Ho nguyén ham ctia ham s6 f(x)=4x(1+Inx) la:

A. 2x* Inx+3x%. B. 2x° Inx+x2. C.2x*Inx+3x*+C. D.2xInx+x*+C.

Cho ham s6 F(x) = _[x\/ x* +1dx. Biét F(0)= g Tinh gi4 tri cua F(Z\/E)

A.3 B. % C. 19 D. 10

Cho ham s8 f(x) théa man f(x)+f'(x)=¢",VxeR va f(0)=2. T4t ca cdc nguyén

ham cta ham s§ f(x)e™ la

A. (x-1)e"+C. B. (x-2)e"+e¢"+C. C. (x+1)e"+C. D. (x+2)e™ +e" +C.
Phuong trinh nao dudi day 1a phuong trinh cia mot mat cau?

A 4x° +y* +2° —4x—4y-4=0. B. x>+ +z"-2x+4y—-62+14=0.

C.2x° +2y* +22° —x—y+4z+2=0. D. (x—l)z—(y—2)2—(z—3)2:9.

Trong khong gian Oxyz,co tdt cad bao nhiéu gia tri cua m d€ phuong trinh
X +y*+22+2(m+2)x-2(m-1)z+3m* —5=0 la phuong trinh ctia mot mét cau?

A. 4. B. 6. C. 5. D. 7.

Trong khong gian voi hé toa do Oxyz, cho hai diém A4(1;-2;0) va B(-3;0;4). Toa do ctia
vécto 4B la

A. (4-2,-4). B. (—4;2;4). C. (-1-12). D. (-2;-2;4).

Trong khong gian vdi hé toa do Oxyz, cho diém M thoa man hé thic OM = 2}' +k.Toa
dd cua diém M la:

A. M(0;2;1). B. M (1;2;0). C. M(2;1;0). D. M (2;0;1).

Trong khéng gian voi hé toa do Oxyz, cho OM = (1;5;2), ON = (3;7;-4). Goi P la diém
doi xting véi M qua N . Tim toa d6 diém P.

A. P(5;9;-3). B. P(2;6;-1). C. P(59;-10). D. P(7;9;-10).
Trong khong gian véi hé toa dd Oxyz, cho ba diém 4(1;3;5), B(2;0;1), €(0;9;0). Tim

trong tam G cua tam giac 4BC.
A. G(1;52). B. G(1;0;5). C. G(1:4:2). D. G(3;12;6).



Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Trong khoéng gian v6i hé truc toa dd Oxyz, cho ba diém A(l; 2;—1), B(2;—1;3),
C(-3;5;1). Tim toa d6 diém D sao cho tt gidc ABCD 1a hinh binh hanh.
A. D(-2;8;-3). B. D(-2;2;5). C. D(—4;8;-5). D. D(-4;8,-3).

Trong khong gian Oxyz, cho hinh hop ABCD.A'B'C'D' c6 A(1;0;1), B(2;1;2), D(1;-11)
, C'(4;5;—5). Tinh toa dd dinh 4’ ctia hinh hop.
A. A'(3;4;-6). B. A'(4;6,-5). C. 4'(2;0;2). D. 4'(3;5-6).

Trong khong gian vé6i hé toa dd Oxyz, cho hai diém 4(-2;3;1) va B(5; 6; 2). Budng
< J v < . «A? ’ s A AM
thang 4B cat mdt phang (Oxz) tai diém M . Tinh ti sO B

AM

AM _  AM _1 o AM 1 Do, AM _
BM

2. L= L= i
BM 2 BM 3 BM

3.

Trong khong gian v6i hé truc toa dd Oxyz, cho hinh hop ABCD.A'B'C'D' . Biét A(-3;2;1)
, C(4;2;0), B'(—2;1;1), D'(3;5;4) . Tim toa d¢ A4’ cta hinh hop ABCD.A'B'C'D’ .

A. 4'(-3;-3;3). B. A'(-3;-3;-3). C. 4'(-3;3;1). D. 4'(-3;3;3).

Trong khong gian v6i hé toa dd Oxyz, cho hinh hop ABCD.A'B'C'D'. Biét A(1;0;1) ,
B'(21;2), D'(1,-L1), C(45;-5) . Goi toa dd cua dinh A'(a;b;c) . Khi d6 2a+b+c
bang?

A. 7. B. 2. C. 8. D. 3.

Trong khong gian v6i hé toa dd Oxyz, cho hai di€ém A4(0;2;-2), B(2;2;—4). Gia st
I(a;b;c) 1a tAm duong tron ngoai tiép tam gidc O4B. Tinh T =a” +b* +¢>.

A.T=6 B.T=14 C.T=8 D.T=2

Cho hinh chép S.4BCD biét A(—2;2;6),B(—3;1;8),C(—1;O;7),D(1;2;3). Goi H la trung
diém caa CD, SH L (ABCD).Dé&khdi chép S.ABCD c6 thé tich bang 2—27 (dvtt) thi cé hai

diém S§,,S, théa man yéu cau bai toan. Tim toa d¢ trung diém 7 cua S,S,

A. 1(0;-1;-5). B. 1(1;0;5) C. 1(0;1;5). D. 1(0;1;3).

Trong khong gian v6i hé toa dd Oxyz, cho hai diém A(3;—2;4),B (—1;4;—4) va diém
C(0;a;b) thdoa man tam gidc ABC can tai C va co dién tich nho nhét. Tinh S =2a+3b.

A s=2 B.S=L -2 D.s=2.

. =—. C.§= .
25 25 10 5

Cach viét nao sau day biéu dién cho phuong trinh mit phang?
A x—lzy:z+1. B. {3x+y—z+l=0

2 6 3 x—y—z+1=0 "



Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

x=1+2t
C.iy=2-t. D. x-y+z-1=0.

z=5+t
Véc to phap tuyén ctia mat phang x —2z+1=0 1a?
A. n=(L0;1). B. n=(1;,-2;1). C. n=(-10;2). D. n=(0;-2;1).
Phuong trinh mit phing di qua 4(L;1;-2), song song véi (a):x—2y+2z-1=0 la
A. x-2y+2z-5=0. B.x-2y+2z-1=0.
C.x+2y-2z42=0. D.x-2y+2z=0.
Phuong trinh mdt phéng di qua 4(2;1;1), ¢ véc to phap tuyén n=(-2;1;-1)1a
A. 2x+y-z+4=0. B.-2x+y-z+1=0.
C. 2x+y-z-4=0. D.2x+y-z-4=0.

Phuong trinh mit phing di qua M (1;-1;1), vudng gdc véi truc Oy c6 phuong trinh

A. y+1=0. B. x+y+1=0. C.x+y+z+1=0. D.x+1=0.
x=1+2t

Phuong trinh mit phing di qua M (1;,-1;1), vudng géc voi duwong thang d:{y =3¢
z=2+t

A.2x-y+z-4=0. B.z-1=0. C.x—y+z-3=0. D.x+z-1=0

Trong khong gian véi hé toa &6 Oxyz cho hai duong thang d,,d,lan lwgt c6 phwong
x-2 y-2 z-3 x=1 y-2 z-1

trinh d, : ,d,y:
2 1 3 2 -1

déu hai duong thang d,,d, 1a
A.Tx-2y—-4z=0. B. 7x-2y—-4z+3=0.
C.2x+y+3z+3=0. D.14x-4y-8z-1=0.

. Phurong trinh mét phéng (@) cach

Trong khong gian vdéi hé toa d0 Oxyz, cho mdt cau (S) c6 phuwong trinh:
X+ +2° =2x+6y—4z-2=0. Viét phuong trinh mat phang (P) song song v&i gia ctia
véc to v =(1;6;2), vudng goc véi mit phang (a):x+4y+z-11=0 va tiép xtc vdi (S).
A 2x—-y+2z-3=0 B 2x—-y+2z+1=0 .
2x—-y+2z-23=0
C. 2x—y+z+3=0. D. 2x-y+z+13=0
2x-y+z-1=0

2x—-y+2z+21=0

2x—y+z-1=0



HUONG DAN GIAI CHI TIET
2
Caul: Giatrictaa j2e2xdx la
0

A. 3e* 1. B. 4¢*. C. e 1. D. e*.
Loi giéi
Chon C
2 2 5
L. 2x _ 2x _ 2x
Ta co: IZe dx—J.e d(2x)—(e )0

0

4 4
=e'—e’=¢"—1.

Cau2: Chohamsd f(x) lién tuctrén R va F(x) la nguyén ham cta f(x), biét I f(x
va F(0)=3.Tinh F(9).
A. F(9)=—6. B. F(9)=6. C. F(9)=12. D. F(9)=-12.
Loi gidi
Chon C

Taco: I = jf )dv=F(x)] =F(9)-F(0)=9 & F(9)=12.

Cau3: Chohamsd f(x) lién tuc trén R va c6 mot nguyén ham la F(x). Biét F(2)=-7. Gia
tri ctia F(4) la

A. j[—7+f(¢)]dr. B. —7+jf(t)dt. C. -7+ f'(4). D. f'(4).
Loi giai
Chon B

Theo dinh nghia tich phan ta c6 I4f (x)dx = F(x)r; =F(4)-F(2).

SuyraF jf x)dx+F :—7+If t)dt

Cau4: Biét F(x) la 1 nguyén ham ctia f(x)=cos’x va F(r)=1.Tinh F(%j :

A P[E|233% gop(E)233E gm(ﬁ 237 pop[E|233E
4) 48 4) 4 8 4) 4 8 4) 48

Loi giai
Chon C

TacéJ.f(

J-1+0082xdx:§+%sin2x+(7=F(x).

Theo gia thiét F(7)=1 nén %+C=1:>C=l—%.



-2 5
Cau5:  Cho hai tich phan jf dx=8 va Ig(x)dx:3.Tinh I= J[f(x)—4g(x)—1]dx.
)

5

A. I=-11. B. I1=13. C.1=27. D. I1=3.
Loi giai

Chon B

Tacé:1=j[f(x)—4g(x)—1]dx=jf( dx+4jg )dv—xf, =8+4.3-(5+2)=13.

Cau6:  Cho tich phan [, cos2x.cosdxdr=a+b3, trong d6 a,b la cac hing s§ hitu ti. Tinh
3
e’ +log, |b| .

A. 2. B. 3. C.

oo | —

Loi giai
Chon A

0
, 1(1 . 1 . 1

Ta co: IO,, cos 2xcos 4xdx = lIO,[(cos 6x +cos 2x Jdx =—| —sin 6x +—sin 2x] ——3.
= 2z 216 2 8

3

G
3

Do do ta co azO,b=—%.Véy e“+log2|b| =e°+log2% =-2.

Cau7: Giasttrang j3x+—5;1d :aln§+b . Khi d6, gid tri ctia a+2b la
A. 30. B. 60. C. 50. D. 40.
Loi giai
Chon D
0 2 _ 0
I:Idezj(3x+ll+ d jdx
Tacé: - *72 -l x=2

0

2
:I:{%+11x+21.ln|x—2q

:21.ln2+%—21.ln3
-1
5 19 a=21
=>1=2llh—+—= 19 =>a+2b=40.
3 2 b=—
2
Cau8: Cho ham s6 f(x) c¢6 dao ham lién tuc trén doan [0;1] va théoa man f(0)=6,

! 1
l(zx—z).f'(x)dxzs. Tich phan | f(x)dx
A. 3. B. 9. C. 3. D.6.

Loi giai
Chon C



Cau 9:

Cau 10:

Ta c6 6:_(i;(2x—2).f’(x)dx=_([ (2x-2)d[ f(x)] =[(2x-2) f (x)]|:)—2j;f(x)dx

1 ! 2f(0)—6
& 6=2f(0)-2[ f(x)dx & !f(x)dx:T

0

=3.

In2
Biét rang j (x+ ]dx = %ln“ 2+bIn2+ cln% Trong d6 a,b,c la nhitng s6 nguyén.

2e¢" +1
Khi d6 S=a+b-c bang
A. 2. B. 3. C. 4. D. 5.
Loi giai

Chon C
In2 1 In2 In2 1
j X+ )dxzjxdx+_[ dx.
0 2¢" +1 0 o 2e" +1

In2 ) In2 2
Tinh [ xax=2{ =12

0 2, 2

In2 1
Tinh j dx

2¢" +1

Dat t=2ex+1:>dt=26’“dx:>dx=i.D61cén: x=In2=¢t=5x=0=>1=3.

In2

dt
l‘tl

'[2€+1

P 1 5 5
0 dx = '!. I(z " t)dt—(ln|t—1|—ln|t|)|3—1n4—1n5—ln2+1n3—1n2—1n§.

1

2
I(H ! dx=11n22+1n2—1n§:a:2,b=1,c=—1
0 2¢" +1 2 3

Vay a+b-c=4.

Oty n [N

1 .2
Cho ham s6 y = f'(x) lién tuc trén R va théa man | f(tanx)dr=4 va jx f(x)dx:Z.
0

1
Tinh tich phan 7 = [  (x)dx
0

A. 6. B. 2. C. 3. D. 1.
Loi giai
Chon A

T

4
Xét [ f(tanx)dr=4.
0

1 t
Datt=tanx > dt=———dx = dzzdx.
cos” x 1+¢

Déicin: x=0=1¢=0.

V3
x=—=1t=1.
4



Cau 11:

Cau 12:

Cau 13:

U

U
St~ O~ oYy

~

—
=

N

&

I

S

—

+

=
L3S

\

—_
=

~—

jf Jdx=4+2=6.

U

—
+
=

[38)

(=]
=,
+
—_

0

Cho ham s y = f(x) lién tuc va nhan gia tri khong am trén doan [a;b]. Dién tich hinh
thang cong gidi han boi d6 thi cua y = f(x), truc hoanh va hai duong théng x=a,x=b

duoc tinh theo cong thirc

A. S= 'Tf(x)dx. B. §= 'Tf(x)dx. C. §= :b[fz (x)dx. D. §= ifz(x)dx.
Loi giai
Chon A

b
Theo cong thiic (SGK co ban) ta c6 S = j F(x)dx.

Cho d6 thi ham s y = f(x) . Dién tich hinh phang (phan t6 dam trong hinh) 1a

A. S= j).f(x)dx +jf(x)dx B. §= If(x)dx

C.S= Jgf(x)dx +_i f(x)dx D. S= ])-f(x)dx —j' f(x)dx
Loi giai

Chon D

0 1
Theo dinh nghia ta ¢6 § = [ f(x)dx—[ f(x)dx
-2 0

Dién tich hinh phang dwoc gidi han béi d6 thi ham s y = x°, truc hoanh va hai duong
théng x=1,x=31a
A. 19 B. 18 C. 20 D. 21
Loi giai
Chon C



Cau 14:

Cau 15:

Cau 16:

3 3 4P
Tac6 x> 0trén doan [1;3] nén S = [|x’]dx :jﬁdx:% -20
1

1 1

Dién tich hinh phéng dugc gidi han boi d6 thi ham s6 y = Jx, truc hoanh v hai duwong
thing x=1, x=4 la

A 4 B. 12 c. B p. 4
5 3 3
Loi giai
Chon D

2 3

4 4
Ta co \/;2 0 trén doan [1;4] nén S = H\/;‘dx :J.x/;dx =§x5 _14
1 1

1

Dién tich hinh phéng dwgc gidi han boi d6 thi ham s6 y = ifx , truc hoanh va hai duwong
théng x=1,x=81a

N p 4 o b 45
2 4 7 8
Loi giai
Chon B

8
Ta c6 ¥x >0 trén doan [1;8] nén S:J.
1

e =[ At =230
x‘dx:! xdx:Zx

1
, 1
Cho hinh phéng gidi han boi cic duong y=v4-x*, y= Exz quay xung quanh truc Ox.

Thé tich ctia khdi tron xoay tao thanh bang:

. . 2872 _ 2472
5 5 5 5
Loi giai



Cau 17:

Cau 18:

Cau 19:

? 2 . \ \ 1 \ V4 o« A? \
Toa dd giao diém ctia hai duwong y =v4-x* va y= Exz la cac diem A(—\/g; 1) va B(\/g;l)

NE)
. Vay thé tich ctia khdi tron xoay can tinh la: V' = I
5

e
7.(4—x*)dx — j r—x‘dx=r.
59

283

5

Cho hinh phang giéi han boi cac duong y = x* —6x*> +9x, y =0 quay xung quanh truc

Ox. Thé tich ctia khéi tron xoay tao thanh bang:

A 7297

35

Chon A

277

B. —

4

C

Loi giai

35

2566087

D. 77267[

Toa dd giao diém cua duong y=x’—6x>+9x voi y=0 la cac diém C(0;0) va A(3;0).

3
Vay thé tich caa khoi tron xoay can tinh 1a: V = Iﬁ.(x3 -
0

Hinh phang (H) duoc giéi han boi @6 thi hai ham s y = x* +x-2, y = x+2 va hai duong

thang x =-2; x=3. Dién tich ctia (H) bang

Ay
5

Chon C

87

B. —

4

C.

13

Loi giai

Xét phrong trinh (x* +x-2)-(x+2)=0< x’ —4=0< x =42

Suyra S = j|x2—4|dx+i|x2 —4|dx =13
-2 2

Hinh phang (H) duoc giéi han boi d6 thi hai ham s y = |x2 -1

(H) bang
71

A. —
3

Chon B

Xét phuong trinh |x2 - 1| =|x|+5 c6 nghiém x=-3, x=3

73

B. —
3

C. —

70
3

Loi giai

Suyra S= j;mxz —1| —(|x|+5))‘dx = 2;).||x2 —1|—(x+5)|dx

Bang xét ddu x” -1 trén doan [0;3]

Vay §=2

, ¥ =|x|+5. Dién tich cia

p. 2
3

X

0

-
i

X

-1

i(—xz —x—4)dx+J?(x2 —x—6)dx

73



Cau 20: Dién tich hinh phang gi6i han béi cac d6 thi ham s y =x’; y = %xz; y= % bang
A. 27n2 B. 27In3 C. 28In3 D. 29In3
Loi giai
Chon B
Xét cac phuong trinh hoanh d6 giao diém:
x’ 27 x> 27

Y-—=0cx=0;x-—=0=x=3;—"-=0=x=9
27 X 27 x

3 x° 27 X
Suy ra: S = j(xz ——jdx+j[———jdx =27In3
0 27 L x 27

Cau 21: Cho s6 phtic z = a +bi . Khang dinh nao duéi day dung?

A. Moi s0 phttc z déu la mot so thuc. B. SO phtic z ton tai khi ab#0.
C. Phéan ao cta s6 phtc la bi. D. z las6 thuckhi b=0.

Loi giai
Chon D

Dua vao dinh nghia sd phtic (cht y — SGK).

Cau 22: S8 phtic z dwoc biéu dién boi diém M (6 hinh vé dudi), mo-dun ctia z bang
Vi

0 x
—1F----- —
M
A. |7 =1. B. |z|=+5. C. |z|=+3. D. |o|=-
Loi giai

Chon B
Diém M (2;-1) biéu dién s& phtrc z=2-i.

Mb—-dun cta s6 phirc z: |z|= /22 +(-1)" =45 .
Cau 23: Cho hai ham s8 f(x);g(x) lién tuc trén R. Khing dinh nao dudi day diung?
A.j[f(x) (x)]dx= jf )dx - jg )dx. Bjkf )dx = kjf )de,keR.



Cau 24:

Cau 25:

Cau 26:

Cau 27:

C. J.f(x)g(x)dx=J.f(x)dx.J-g(x)dx. D. jf(x)dx= Ifgx;dx,g(x);to.

Loi giai
Chon A

Dua vao tinh chdt nguyén ham.
Ho nguyén ham ctia ham s& f(x) = 2x(1 + 3x3) la
A. x2(1+%x2j+C. B. X (1+6%]+C C. 2x(x+%x4j+C. D. xz(x+%x3j+C.

Loi giai
Chon B

Ta co J.f(x)dx:J.2x(1+3x3)dx=J.(2x+6x4)dx:x2+6TXS+C— (1+6%J+C.

Tim ho cac nguyén ham ctia ham s6 y = cotx.

A. —1n|sinx|+C. B. 1n|cosx|+C. C. ln|sinx|+C. D. —ln|c0sx|+C.
Loi giai
Chon C
Ta co J.cotxdx J.COSX I smx) 1n|sinx|+C
sin x sin x

Ho nguyén ham cta ham s6 f'(x)=4x(1+Inx) la:

A. 2x* Inx+3x>. B. 2x’ Inx+x>. C.2x%Inx+3x*+C. D.2x*Inx+x*+C.
Loi giai

Chon D

= X
dv =4xdx 5

v=2x

. {u:1+lnx du:ldx
Dat

Khi do: jf(x)dx=2x2 (14—1nx)—_[2xdx=2x2 (I+lInx)-x’+C=2x"Inx+x"+C.

n o, 4 _, e
Cho ham s6 F(x):J.x\/x2+1dx.B1et F(O):E.Tlnhglatmcua F(2\/§)

A.3 B.%TS C. 19 D. 10
Loi giai
Chon D
Dit t=Vx*+1 = =x* +1 = tdt = xdx
3
A (\/x2+1)
Do d6 F(x)= J'tdt— +C=—"L4C
3 3
MaF(0)=2=tic=2o o
3 3 3



Vay F(242) =10.

Cau 28: Cho ham s§ f(x) thoa man f(x)+/'(x)=¢™,VxeR va f(0)=2. T4t ca cac nguyén
ham caa ham s f(x)e™ la
A. (x—1)e" +C. B. (x—2)e"+e"+C. C. (x+1)e"+C. D. (x+2)e* +e" +C.
Loi giai
Chon C
Taco f(x)+f (x)=¢ o e f(x)+e'f (x)=ee™ o [e'f(x)] =LVxeR.
Suyra e'f(x)=x+C.
Laico f(0)=2<¢"f(0)=0+C = C=2.
Suyra e"f(x)=x+2= f(x)e™ =(x+2)e".
Vay If(x)ezxdxzj(x+2)e”dx:1.
e"dx = dv g

v=e

xX+2=u du =dx
Dét{ 2{ :I:(x+2)ex—ex+C:(x+l)ex+C.

Cau 29: Phuong trinh nao dwéi day la phwong trinh cia mot mat cau?

A 4+ +2° —4x—4y—4=0. B. X’ +)y° +2"-2x+4y—62z+14=0.

C. 2x2+2y2+222—x—y+4z+2:0. D. (x—l)z—(y—2)2—(z—3)2:9.
Loi giai

Chon C

1 1
Phuong trinh da cho twong dwong véi x* + y° +2° _EX_Ey +2z+1=0.

@(x—%j2+(y—%j2+(z+l)2 :é.

Déy 14 phuong trinh mit ciu c6 tam 1&;&;-1}, ban kinh R =—

Ik
Cau 30: Trong khong gian Oxyz,cé tat ca bao nhiéu gid tri cia m d€ phuong trinh

X +y*+22+2(m+2)x—-2(m—1)z+3m* —5=0 la phuong trinh ctia mot mét cau?

A. 4. B. 6. C.s. D.7.

Loi giai

Chon D

Phuong trinh da cho la phuong trinh cau mot madt cau khi va chi khi

(m+2) +(m=1) =3m* +5>0 = m* -2m-10>0 & 1-V11 <m<1++/11

Do meZnén me{-2;-1;0;1;2;3;4}

Vay c6 7 gia tri nguyén cua m théa man yéu cau bai toan.
Cau 31: Trong khong gian v6i hé toa dd Oxyz, cho hai diém A(1;-2;0) va B(-3;0;4). Toa d6 cuia

vécto AB 1a



Cau 32:

Cau 33:

Cau 34:

Cau 35:

A. (4;—2;—4). B. (—4;2;4). C. (—1;—1;2). D. (—2;—2;4).
Loi giai

Chon B

AB=(~4;2;4).

Trong khong gian véi hé toa &6 Oxyz, cho di€ém M thoa man hé thite OM =2 +k. Toa
do6 ctia diém M la:
A. M(0;2;1). B. M (1;2;0). C. M(2;1;0). D. M (2;0;1).
Loi giai
Chon A
Vi OM =2j+knén toa d6 diém M 1a M (0;2;1).
Trong khong gian vdi hé toa d¢ Oxyz, cho OM = (1;5;2), ON = (3;7;-4). Goi P la diém
doi xting v6i M qua N . Tim toa d6 diém P.
A. P(5;9;-3). B. P(2;6;-1). C. P(5;9;-10). D. P(7;9;-10).
Loi giai
Chon C
Ta cb: OM =(1;5;2):>M(1;5;2), O—N=(3;7;—4):>N(3;7;—4).
Vi P la diém d6i xting véi M qua N nén N la trung di€m cua MP nén ta suy ra duoc
Xp=2Xy—X, =5
Vp=2Vy=Vy =9 = P(5;9;—10)
zp =2z, -z, =-10
Trong khong gian véi hé toa dd Oxyz, cho ba diém 4(1;3;5), B(2;0;1), C(0;9;0). Tim

trong tam G ctia tam giadc 4BC.

A. G(1;52). B. G(1;0;5). C. G(1;4;2). D. G(3;12;6).
Loi giai
Chon C
xG:xA+xB+xC :1+2+0:1
3 3
Theo cdng thitc toa d6 trong tdm ta ¢b { y, = yA+y3B+yC _3+0+9 =4 = G(;4;2).
ZG:ZA+ZB+ZC :5+1+0:2
3 3

Trong khong gian v6i hé truc toa do Oxyz, cho ba diém 4(1;2;-1), B(2;-1;3),
C(-3;5;1). Tim toa d6 diém D sao cho tit gidc ABCD 1a hinh binh hanh.
A. D(-2;8;,-3). B. D(-2;2;5). C. D(—4;8-5). D. D(—4;8;-3).
Loi giai
Chon D



x,—1=-5
Ta c6: AD=BC < (xp =Ly, =212, +1)=(-5;6,2) & yz -2=6 = D(-4;8-3).
zp+1=-2
Cau 36: Trong khong gian Oxyz, cho hinh hop ABCD.A'B'C'D' c6 A(1;0;1), B(2;1;2), D(1;-11)
, C'(4;5;—5). Tinh toa d§ dinh 4’ ctia hinh hop.
A. A'(3;4;-6). B. 4'(4;6;-5). C. 4'(2;0;2). D. A4'(3;5-6).
Loi giai
Chon D
Theo quy tac hinh hop ta cé: AB+AD+ A4’ = AC'.
Suyra 44'=AC'-AB—-AD.
Lai c6: AC"=(3;5-6), AB=(L;1;1), AD=(0;-1,0).
Do d6: A4’ = (2;5-17).
Suy ra 4'(3;5-6).
Cau 37: Trong khong gian v6i hé toa d6 Oxyz, cho hai diém 4(-2;3;1) va B(5; 6; 2). Puong

2 A 2 A? ’ 2 A AM
thing AB cat mit phang (Oxz) tai diém M . Tinh i s§ e

AM p M_1 cAM _1 p A _5
BM BM 2 BM 3 BM
Loi giai
Chon B

Me(Oxz) =>M(x;0;z).

AB=(7;3;1) = AB=+59.

W=(x+2 ;=3 ;z—l) va.
x+2="Tk x=-9

A,B,M thinghang = AM =k.AB (keR) &{-3=3k <i-1=k =>M(-9;0;0).
z-1=k z=0

BM =(-14;-6;-2) = BM =118 =2.4B.

Cau 38: Trong khong gian véi hé truc toa d6 Oxyz, cho hinh hop ABCD.A'B'C'D' . Biét A(-3;2;1)
, C(4;2;0), B'(-2;1;1), D'(3;5;4). Tim toa d6 A’ ctia hinh hop 4BCD.A'B'C'D' .
A. 4'(-3;,-33). B. 4'(-3;-3;-3). C. 4'(-3;3;1). D. 4'(-3;3;3).
Loi giai
Chon D



Cau 39:

Goi A'(x;y;2).
Goi I, J Tan luot 1a trung diém ctia doan thang AC va B'D'.

= AA =(x+3%y-2;z-1)

32(0;1;2)

Ta c6: Tk gidc ALJA' 1a hinh binh hanh
x+3=0 x=-3

Suyra: Ad' =1 &{y-2=1 &{y=3 .
z—1=2 z=3

Vay 4'(-3;3;3).
Trong khong gian v6i hé toa dd Oxyz, cho hinh hop ABCD.A'B'C'D'. Biét A(1;0;1) ,
B'(2;1;2), D'(,-1;1), C(4;5—5) . Goi toa d6 cta dinh 4'(a;b;c) . Khi d6 2a+b+c

bz‘?mg?
A. 7. B. 2. C. 8. D. 3.
Hudéng dan giai
Chon D
A(1;0;1) D
B |
i AC(4;5;5-5)
“Ij":;\:/ ----------- D/(1;-1;1)
B@212) "
Ta co.

A’—D'=(l—a;—1—b;l—c)
ﬁ=(2—a;1—b;2—c)

ﬂ:(l—a;—b;l—c) .
ﬂ?:(4—a;5—b;—5—c)

Theo quy tac hinh hop, tacé A'C=A'B +A'D' + A'A.



Cau 40:

Cau 41:

< (4-a;5-b;—5-c)=(4-3a;2-3b;3-3¢).
4—-a=4-3a a=0
& 5-b=2-4b & b=-1.
-5-c=3-3c c=4
Vay 2a+b+c=3.
Trong khong gian v6i hé toa dd Oxyz, cho hai diém A4(0;2;-2), B(2;2;—4). Gia st
I(a;b;c) 1a tAm duong tron ngoai tiép tam gidc O4B. Tinh T =a” +b* +¢>.
A.T=6 B.T=14 C.T=8 D.T=2
Hudng dan giai
Chon C
Ta cé @=(0;2;—2), @=(2;2;—4). (O4B) ¢6 phuong trinh: x+y+2z=0
Ie(OAB):>a+b+c:O.
E=(a;b—2;c+2), E=(a—2;b—2;c+4), az(a;b;c).

. (Al =BI az+(c+2)2:(a—2)2+(c+4)2 a—-c=4
Ta co he & s , &
AI=0I  |(p-2) +(c+2) =b*+C ~btec=-2
a—-c=4 a=2
o a—-c=4
Tacohé {-b+c=-2 <:>{ =<b=0 .
—b+c=-2
a+b+c=0 c=-2

Vay 1(2;0,-2) =T =a’+b’+c> =8
Cho hinh ch6ép S.4BCDbiét A(-2;2;6),B(-3;1;8),C(-1;0,7),D(1;2;3). Goi H la trung

diém cua CD, SH L (ABCD).Dé&khdi chép S.ABCD c6 thé tich bang 2—27 (dvtt) thi cé hai

diém S,,S, thdéa man yéu cau bai toan. Tim toa d trung di€ém / cua S,S,

A. 1(0;-1;-5). B. 1(1;0;5) C. 1(0;1;5). D. 1(0;1;3).
Loi giai

Chon C

Tacd AB=(-1-1;2),AC = (1,-21) = S 5c :%‘[E,ZI] - %

DC = (-2 —2;4),@ =(-L-12)= DC =2.AB = ABCD 1a hinh thang va

93

SABCD = 3SABC =

2
VAV ipep = %SH.SABCD = SH =33

Lai c6 H la trung diém ctia CD = H (0;1;5)

Goi S(a;b;c) = SH =(—a;1-b;5—c) = SH = k| AB, AC | = k(3;3;3) = (3k;3k; 3k

Suy ra 3v/3 =+9k* +9k> +9k> = k = +1



+) V6i k=1= SH =(3;3;3) = §(-3;-2;2)
+) V6i k=—1= SH =(-3;-3;-3) = 5(3;4;8)
Suy ra 1(0;1;5)
Cau 42: Trong khong gian voi hé toa dd Oxyz, cho hai di€ém A4(3;-2;4),B(-1;4,—4) va diém
C(0;a;b) thdoa man tam gidc ABC can tai C va co dién tich nho nhét. Tinh S =2a+3b.

A 5= B.S=2. c.s=22, D.s=2.
25 25 10 5
Loi giai
Chon A
Ta c6: AB =(—4;6,-8), AC =(-3;a+2;h—4).
a+2¢—_3 5
N . , , o1 6 -4 a+—
Diéu kién dé 4, B,C la ba dinh cta tam gidc la: & 2 .
b—-4 -3
—— b#-2
-8 4

Goi I la trung diém ctia 4B ta co: 1(1;1;0)
Tam gidc ABC cantai Cnén CI L AB < CI.AB=0 1.(-4)+(1-a).6+(=b).(-8)=0

3a—1(1)'

1 /|
Dién tich tam giac 4BC la: S, ;. = E.CI .AB .Do d6 dién tich tam gidc 4BC nho nhat

& —6a+8b+2=0=3a-4b-1=0=b=

khi CI nho nhat.

Khi d6: C1 =1 +(1-a)’ +(0-b)’ =\2+a’ —2a+b’ (2).

Thay (1) vao (2) ta co:
Cle lrsar2g4[3a71 :\/25(1 38a+33 _1|(, 19 +ﬁ24_«/29.
4 16 4 5 25 20
Vay CI nhé nhat khi a:£:b=13S22a+3b=Q.
25 25 25

Cau 43: Céach viét nao sau day biéu dién cho phuong trinh mat phang?
A x—1:y:z+l. B. {3x+y—z+1:O

2 6 3 x—y—z+1=0 "~
x=1+2t
C.iy=2-t. D.x-y+z-1=0
z=5+t
Loi giai
Chon D

Cau 44: Véc to phap tuyén ciia mgt phang x—2z+1=0 1a?
A. n=(1;01). B. n=(1;-21). C. n=(-10;2). D. n=(0;-2;1).



Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Loi giai
Chon C
Phuong trinh mit phing di qua 4(1;1;-2), song song véi (@):x—2y+2z-1=0 la
A. x-2y+2z-5=0. B.x-2y+2z-1=0.
C.x+2y-2z42=0. D.x-2y+2z=0.

Loi giai
Chon A
+ Ta c6 phuong trinh mit phing ¢ dang: x—2y+2z+C=0(C = -1).
*+ A(LL-2) thudc mit phang khi 1-2.1+2(-2)+C =0 < C =-5( théa man).
+ Vay phuong trinh mat phang can tim: x-2y+2z-5=0.
Phuong trinh mit phang di qua 4(2;1;1), ¢ véc to phép tuyén n=(-2;1;-1)1a
A. 2x+y—-z+4=0. B. 2x+y—-z+1=0.
C.-2x+y-z-4=0. D.2x+y-z-4=0.

Loi giai

Chon A
+ Phuong trinh mét phang 2(x=2)+1(y-1)-1(z-1)=0 = 2x+y-z+4=0,
Phuong trinh mit phing di qua M (1;-1;1), vudng gdc véi truc Oy c6 phuong trinh

A. y+1=0. B. x+y+1=0. C.x+y+z+1=0. D.x+1=0.
Loi giai
Chon A
+ Ta c6 phuong trinh mét phang qua M (1;-1;1) va véc to phép tuyén n=(0;1;0) la
y+1=0.
x=1+2t
Phuong trinh mit phing di qua M (1;-1;1), vudng géc voi dwong thang d:{y =31
z=2+t
A.2x-y+z-4=0. B.z-1=0. C.x—y+z-3=0. D.x+z-1=0

Loi giai

Chon A
+ Ta c6 phuong trinh mét phang qua M (1;-1;1) va véc to phép tuyén n=(2;-11) 1a
2(x—l)—1(y+1)+1(z—l)=0 & 2x-y+z-4=0.
Trong khong gian véi hé toa d Oxyz,cho hai duong thang d,,d,lan luot c6 phuong
x—2:y—2:z—3 d.x—lzy—2:z—l

2 1 3772 -
déu hai duong thang d,,d, la
A.Tx-2y—-4z=0. B. 7x-2y—-4z+3=0.
C.2x+y+3z+3=0. D.14x-4y-8z-1=0.

Loi giai

trinh 4, :

. Phurong trinh mét phéng (&) cach



Cau 50:

Chon D

Ta cé d, di qua 4(2;2;3) vacé u, =(21;3), d, di qua B(1;2;1) vaco u, =(2-1;4)
AB = (=1;0;-2)3 u, , u,, |=(7:-2-4);

=[u,, u, |4B=1%0 nén d,,d, chéo nhau,

Do () céch déu d,,d, nén (@) song song véi d,,d, = n, :[u—dl,@] =(7;-2;-4)

= (a) codang Tx-2y—4z+d =0

Theo gia thiét thi d(A,(a)) = d(B,(a)) = |cj/-g_92| :% od= —%,

= (a):14x-4y-8z-1=0

Trong khong gian v6i hé toa dd Oxyz, cho mat cau (S) c6 phuong trinh:
X4y +2° —2x+6y—4z-2=0. Viét phuong trinh mat phang (P) song song v&i gia ctia
véc to ¥ = (1;6;2), vuodng goc véi mit phang (a):x+4y+z—11=0 va tiép xtic véi (S).
A 2x—y+2z-3=0 B 2x—y+2z+1=0
1 2x—y+2z421=0" | 2x—y+2z-23=0

C. 2x—y+z+3:0. D. 2x—y+z+l3:0-

2x-y+z-1=0 2x-y+z-1=0

Loi giai

Chon B
Ta c6é mat cau (S) ¢ tam 1(1;-3;2),r =4, véc to phap tuyén cua (a): Ny = (1;4;1);
v, 7, |=(-2:1-2).
Vay (P) c6 véc to phap tuyén n=(2;-1;2).
Phuong trinh (P): 2x-y+2z+C=0

i+ C=1
d(],(P))—r:>—3 =4l Lo,

Phuong trinh mit phing (P):2x—y+2z+1=0hodc (P):2x-y+2z-23=0.



Cau 1:

Cau 2:

Cau 3:

Cau 4:

Ciu 5:

Cau 6:

Cau7:

Cau 9:

PE ON TAP KIEM TRA GIUA HOC KY II

MON: TOAN 12

—PE SO: 08

Cho ham s f (x) lién tuc trén [a;6] va F(x) la mot nguyén ham ctia f'(x) trén [a;b]. Tim

khang dinh sai.

A. jf(x)dxz

_F(b).

c. j:f(x)dx:—_j!.f(x)dx.

2021

Tich phan I e"dx bang:

1

2021
A. e —e.

5 .2
2 rx +x+1
B1et.[

s x+1

A. §=-2.

B.

B.

e—e

§=5.

2021 C e

C.§5=2.

dx:a+1n§ voi @, b 1a cac sb nguyén. Tinh S=a-2b,

D. §=10.

Cho ham s f(x) lién tyc trén khoang (—2; 3). Goi F(x) la mot nguyén ham cta f(x) trén

2
khoang (—2; 3). Tinh [ = I[f(x
-1

A. 1=6.

A. 1:3.
3

Choham s6 y = f(x) =1 x+1

A. 6+In4.

5
Cho hai tich phan [ f (x)dx=8 va j a(x
)

A. I=-11.

Cho hai tich phan 7 =

)+2x |dx, biét F(-1)=1va F(2)=4.

B. 7=10. C.1=3. D. 7=4.
1
Cho hamsé f(x)=x"—4x"+2x’—x+1,VxeR. Tinh Ifz(x).f'(x)dx.
0
2
B.I:2. C.]:—E. D.]=—2.
L khi 0<x<1 3
77 . Tinh tich phan [ f(x)dx
2x—1 khi 1<x<3 0
B. 4+1n4. C.4+In4. D.2+2In2.
x)dv=3. Tinh = j[f 4g(x)-1]dr.
B. /1 =13. C.I1=27. D. /=3.
4 ) .
j —a+bln= véi a,b € Z . Ménh d& nao sau day ding?
03+ 2x+1 3
B.a-b=5. C.a+b=5. D.a+b=3.

A.a-b=3.

Cho cac sb thuc a,b khac khong. Xét ham sb f(x)=

f'(0)=-22 va if(x)dx=5. Tinh a+b?

A. 19.

B.

7.

(x+1)

++bxe” voimoi x khac —1. Biét



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

2 4
Cho ham s6 f'(x) lién tyc trén R va f(2)=16, jf(x)dx=4.Tinh I= xf’(gjdx.
0

0

A. 1=12. B. I=112. C. 1=28. D. I =144.
Cho hams6 y = f(x) lién tyc trén doan [a;b]. Goi D 1a hinh phang gi6i han béi do thi cia ham
s6 y = f(x), truc hoanh va hai duong thang x=a, x=>b (a<b). Dién tich hinh D dugc tinh

theo cong thurc

A.S:j|f(x)|dx. B.Szif|x|dx. C.S=

b b
If(x)dx‘. D. S =[f(x)dx.
Cho ham s y=7" ¢6 d6 thi (C). Goi D 1a hinh phing gi¢i han béi (C), tryc hoanh va hai

duong thang x =2, x =3. Thé tich ciia khdi tron xoay tao thanh khi quay D quanh truc hoanh
dugc tinh boi cong thirc:
2 3 3 3
A. V:ﬂjﬂzxdx. B. V=7r3I7z’“dx. C. V=71I7z2"dx. D. V=7zz.[7z"dx.
3 2 2 2
Goi S ladién tich mién hinh phang dugc t6 ddm trong hinh vé& bén. Cong thirc tinh S 1a
y

y=f(x)
/—1 0| 1 N—"2 x

2 2

A. S=jf(x)dx+jf(x)dx, B. S=jf(x)dx—jf(x)dx_

1 1

C.Szj-f(x)dx. D.S:—j‘f(x)dx.

Tinh dién tich hinh phang dugc gidi han boi hai @6 thi y = —x?+2x+1; y=2x"—4x+1.

A. 4. B. 5. C. 8. D. 10.

Cho hinh phing (H ) gidi han boi cac duong y = Jx, x=0, x=1 va truc hoanh. Tinh thé tich
V cua khdi tron xoay sinh béi hinh (H ) quay quanh truc Ox .

C.m. D.\/E.

AL B.
3

N

Cho (H ) 1a hinh phang giéi han bai parabol y=§x2 va duong Elip c¢6 phuong trinh

2
% +3* =1 (phan t6 d4m trong hinh v&). Dién tich cua (/) bang



Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

A. 2’”*/5. B. 2. C. ’”\/5. p. 7.

6 3 4 4

Tinh dién tich hinh phang gii han boi parabol y = x> —6x+12 va céc tiép tuyén tai cic diém

A(1;7) va B(-119).
1

"3

2 4
A B. =. C.—. D. 2.
3 3

02
Cho ham sb y:x e
x+1

(v6i m1a tham s6 khéc 0) c6 dd thi 1a (C). Goi S 1a dién tich hinh

phang gi¢i han béi do thi (C) va hai truc toa do. C6 bao nhiéu gia tri thuc ciia m théa man S =1
9

A. Khong. B. Mot. C. Ba. D. Hai.

Cho parabol (Pl):y =—x>+4 cat tryuc hoanh tai hai diém A4, B va duong thing d:y=a
(O <a< 4) . Xét parabol (PZ) di qua 4, B va c6 dinh thudc duong thang y = a . Goi S, ladién
tich hinh phing gi6i han boi (B) va d. S, 1a dién tich hinh phing gi6i han bsi (B) va truc
hoanh. Biét S, = S, (tham khao hinh v& bén duéi).

Tinh T =a’ —8a* +48a .
A. T=99, B.T=64. C.T=32. D.T=72.

Ong B c6 mot khu vuon giéi han boi mot dudng parabol va mot dudng thiang. Néu dit trong hé
toa dd Oxy nhu hinh vé& bén thi parabol c6 phuong trinh y = x* va dudng thang 1a y =25. Ong
B du dinh dung mt manh vuon nho duoc chia tir khu vuon boi mot duong théng di qua O va
diém M trén parabol dé trong mot loai hoa. Hiy gitip 6ng B xac dinh diém M bang cach tinh

d6 dai OM dé dién tich manh vudn nho bang % .
A. OM =245 B. OM =15. C. OM =10. D. OM =3410.

Tinh modun ctia s6 phitc z=3+4i.
A. 3. B. 5. C.7. D. 7.

Cho sb phuc Z=4+060 Tim s phuc W=1Z +z



Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

A. w=10-10i. B. w=-10+10i. C. w=10+10i. D. w=-2+10i.

Tim nguyén ham F(x)= Iﬁzdx.
3 2.2

A. F(x):ﬂ2x+C. B. F(x)=27rx+C. C.F(x)=%+C. D. F(x)= +C.

a2 F gz F « A A A a1 2
Tim ham so (x) , bict (x) la mot nguyén ham ctia ham so

A.F(x)zx\/;. B.F(x)z%x x+%. C. F(x):thé. D. F(x)zix x—l.

. 1 .
Tim nguyén ham ciia ham so f(x) = E(x +sin g]

1, X o1 X
A. J.f(x)dx—zx —cos5+C. B. If(x)dx—x +5cosE+C.
C. J‘f(x)dxzixz—%cos§+C. D. If(x)dxz%xz—%cos§+0
Tim ménh d¢é sai trong cic ménh dé sau

4
A [ra=22C g, [Lar=tnx+c.

4 X

C. J.sinxdx=C—cosx. D. J.ZGxdx=2(e"+C).

Tim mot nguyén ham F(x) cia ham s6 f(x).g(x), biét F(2)=5, [f(x)dx=x+C va

2
X

J.g(x)dx=T+C.

2 2 3 3
X X X

A F(x)="+4  B.F(x)="045.  C.F(x)="045. D, F(x)=%+3.

Cho hamsé y = f(x) dongbién trén (0;+%); y = f(x) lién tuc, nhan gia tri duong trén (0;+o0)
va thoa man £ (3) :% va [ £'(x)] =(x+1).f (x). Ménh d& nao duoi day diing?

A. 2613< f?(8)<2614. B. 2614 < £*(8)<2615.
C. 2618< f*(8)<2619. D. 2616< f(8)<2617.

Trong khong gian véi hé toa 40 Oxyz , cho mat phang (P) x4+ y—2z+3=0 va diém 1(1;1;0).

Phuong trinh mat cdu tim / va tiép xtc véi (P) la:

A, (x—1)2+(y—1)2+22:%. B. (x—1)2+(y—1)2+22:2—65.
C. (x—1)2+(y—1)2+22=%. D. (x+1)2+(y+1)2+22:2—65.
Trong khong gian voi hé toa 46 Oxyz, cho dudng thang d :x—_11:§= Z+13 va mit cau (S)

tam / co phuong trinh (S): (x—l)2 +(y—2)2 +(z+1)2 =18. Duong thang d cit (S) tai hai
diém A, B. Tinh dién tich tam giac I4B.



Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

A ——. B. ——. D. —.

811 16311 o it 811
3 3 6 9

Trong khong gian véi hé truc toa d§ Oxyz, cho a = -3 + 4]’ —5k . Toa d6 cua vecto ala

A. (-3;4;,-5). B. (-5:4;-3). C. (4,-5-3). D. (4,-3;-5).

Trong khong gian Oxyz, diém dbi xtmg véi diém B (3;—1;4) qua mat phing (xOZ ) c6 toa do
la

A (-3:-1-4). B. (3-1—4). C. (3;14). D. (-3;-1;4).

Trong khong gian Oxyz , khoang cach tir diém 7(-3;4;6)dén truc Oy 1a

A 35 B. 5\3. C. J6l. D. J77.

Trong khong gian vdi hé toa do Oxyz, cho hai diém A(2;0;—-1)va B(-1;3;1). Toa do ctua vécto
AB la

A. (3;-3;-2). B. (1;3;0) . C. 3;-1;-2). D. (-3;3;2).

Trong hé toa 4§ Oxyz, cho a = (1, m;—1)va b= (2;1;3). Tim gi4 tri cua m déalb.
A.m=-2. B. m=2. C. m=-1. D. m=1.

Trong khong gian Oxyz, cho hai diém 4(1;2;0), B(2;-L1). Tim diém C c¢6 hoanh d¢ duong
trén truc Ox sao cho tam giac ABC vuong tai C.

A. C(3;0;0). B. C(2;0;0). C. C(1,0;0). D. C(5;0;0).

Trong khong gian Oxyz, cho hinh hop ABCD.A'B'C'D' véi A(2;1;2),B'(1;2;1),C(-2;3;2) va
D'(3;O;1) . Toa do cua diém Bla

A. (-1;3;2). B. (2;-2:1). C. (-1,3;-2). D. (2-1;2).

Trong khong gian Oxyz, cho cac diém A(0;1;2),B(1; 2;3),C(1;—2; —5). Piém M nam trong
doan théng BC sao cho MB =3MC . bj dai doan thrfmg AM 1a

A. 30 B. 11. C. V2. D. 743.

Trong khong gian véi h¢ toa dd Oxyz, cho tam gidc ABCco A(1;2;—1),B(2;—1;3) ,
C(—4;7;5). Goi D(a;b;c) la chan duong phan gidc trong cuia géc B cua tam giac ABC . Gia

tri ctia a + b+ 2¢ bang
A. 4. B. 5. C. 14. D. 15.

Trong khong gian 0xyz cho céc diem A4(1;0;0), B(3;2;4),C(0;5;4). Xét diém M (a;b;c)thude
mat phing (0xy) sao cho |A_42 +MB + 2M6| dat gi4 tri nho nhat. Toa d6 cta M la

A. (1;3;0). B. (1,-3;0). C. (31,0). D. (2;6;0).

Trong khong gian cho ba diém A(5; —2; 0),B(=2; 3; 0) va C(0; 2; 3). Trong tim G ciiatam

giac ABC co6 toa do la
A. (LL1). B. (1,1;-2). C. (L,21). D. (2;0;-1).



Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Trong khong gian v&i hé truc toa dd Oxyz cho hai vecto a = (—4;5;-3), b= (2;-2;1). Tim toa
do cua vecto x=a+2b.

A. x=(0;-11). B. ¥=(0;1;-1). C. x=(-89;1). D. x=(2;3-2).
Trong khong gian v&i hé toa dd Oxyz, cho hai diém A(1,-2;0) va B(-3;0;4). Toa do clia vécto
4B 1a

A. (—4;2;4). B. (—1;—1;2) . C. (—2;—2;4) . D. (4;—2;—4).

Trong khong gian Oxyz , diém nao sau day thudc truc tung Oy ?

A. 0(0;,-10;0). B. P(10;0;0). C. N(0;0;,-10). D. M (-10;0;10).
Trong khong gian véi hé truc toa do Oxyz, cho A(0;—1;1), B(-2;1;—1), C(-1;3;2). Biét rang
ABCD 13 hinh binh hanh, khi d6 toa d6 diém D la:

A. D(—l;l;%j.. B. D(1;3;4).. C. D(1;1;4).. D. D(-1;-3;-2)..

Trong khong gian véi hé toa do Oxyz, cho OM = (1;5;2) , ON = (3;7;—4). Goi P la diém
dbi xtmg voi M qua N . Tim toa do diém P.

A. P(59;-10). B. P(7;9;-10). C. P(59;-3). D. P(2;6;-1).

Trong khong gian v6i hé toa dd Oxyz, cho hinh hop ABCD.A'B'C' D' ¢6 A(0;0;0), B(3;0;0)
, D(0;3;0) va D'(0;3;-3). Toa do trong tm cua tam giac 4'B'C" la.

A. (L1;-2). B. (1,2;-1). C. (21;-2). D. (2;;-1).

Trong khong gian v6i hé toa d0 Oxyz, cho tam giac ABC voi A(1;1;1), B(2;3;0). Biét rang
tam gidc ABC co tryc tam H (0;3;2) tim toa do clia diém C.

A. C(3;2;3). B. C(4;2;4). C. C(l;2;1). D. C(2;2;2).

Trong khong gian v&i hé truc toa dd Oxyz , cho bon diém A4 (2; -3; 7) , B (0; 4; 1) , C(3; 0; 5) va
D (3; 3; 3) .Goi M 1a diém nam trén mit phing (Oyz) sao cho biéu thirc |m +MB + MC + m|

dat gia tri nho nhat. Khi d6 toa do cia M la:

A. M(0;1;-4). B. M(2;1;0). C. M(0;1;-2). D. M(0;1;4).
x=0

Trong khéng gian Oxyz cho A4(L-1;2), f(x)=0&|x=1, C(0;1;-2). Goi M(a;b;c) la
x=3

diém thudc mit phing (0xy) sao cho biéu thitc S = MA.MB +2MB.MC +3MC.MA dat gia tri
nho nhét. Khi 46 T =12a+12b+c co gia tri la
A. T=3. B.T=-3. C.T=1. D.T=-1.



Cau 1:

Cau 3:

Cau 4:

Cau 5:

HUONG DAN GIAI CHI TIET
Cho ham s6 f(x) lién tuc trén [a;b] va F(x) la mot nguyén ham cua f(x) trén [a;b]. Tim
khang dinh sai.

A. j.f(x)dx=F(a)—F(b). B.

C. [ f(x)dx=—f(x)dx. D.
Loi gidi
Chon A

b
+ Theo dinh nghfa va tinh chdt ciia tich phan ta c6 [ f(x)dx=F (b)-F (a).

2021 .
Tich phan I e“dx bang:
1

A. 27 —e. B. e—¢"'. C. . D. e,

Loi giai
Chon A

2021
* Tacod '[e"dx:e”
1

2021
2021
1 —¢ a

e.

5

2
- £ +x+1
Biét Ix i

dx:a+ln§ voi 4| b 1acac sénguyén, Tinh S=a-2b

3 x+1
A, S=-2. B. §=5. C. §S=2. D. §=10.
Loi giai
Chon C
5 2 5 5
* Taco Ix +x+1dx=‘|.(x+#jdx=(lx2+1n|x+l|j
> x+1 3 x+1 2 3
25

=—+1n6—2—ln4=8+1n§.
2 2

*Vaya=8,b=3.Suyra S=a-2b=8-23=2.

Cho ham s S (x) lién tuc trén khoang (_2; 3). Goi F(x) la mot nguyén ham cua S (x) trén

2
1= X)+2x |dx
khoang (_2;3). Tinh J‘ll:f( ) :I , biét F(_I)ZI va F(2)24.
A 1=6 B. /=10, c.1=3, p. [ =4,
Loi giai
Chon A
2
R (L e A s

=F(2)-F(-1)+(4-1) _4_143-¢

1
Cho ham s6 f(x)=x"-4x"+2x’ —x+1,VxeR. Tinh J.fz(x).f'(x)dx.
0



Cau 6:

Cau 7:

Cau 8:

2
. B.[=2. c' s p. I=-2
Loi giai
Chon C
" ' [ f3xl_f31—f3()
Tact [ 17 (x)./"(x)ax = 17 (1) ()] = >| LOLO

2 .
. 2 P
Chohamso y = f(x)=1x+1 khi 0<x<I

2x—1 khi 1£x<3

A. 6+In4. B. 4+In4. C. 4+In4. D. 2+2In2.
Loi giai

3
. Tinh tich phan If(x)dx.
0

= 2ln|x+1||z) +(x2 —x)‘

1

=ln4+6.
5 -2
If(x)dx:S jg(x)dx=3 5
Cho hai tich phan > va 3 -Tinh 7= [[f(x)-4g(x)-1]dx.
)
A I=-11. B. /=13, C.1=27. D.7=3.
Loi giai
Chon B

Ta c6: I:j[f(x)—4g(x)—1]dx

:j:f(x)dx+4fg(x)dx—x|52

=8+4.3-(5+2)=13.

4
. dx 2 . ,
Cho hai tich phan [ = | ———==a+bIn= Vbi a,b € Z . Ménh d¢ nao sau day dung?
;[3+\/2x+1 3
A.a-b=3. B.a-b=5. C.a+b=5. D.a+b=3.
Loi giai
Chon C

e Pat t=V2x+1 = 2 = 2x+1 = dx =1dt.
Poican: x=0=1¢=1
x=4=1¢=3




3 2
= (¢=3nle+3])| =243

Dodb a+b=5.

Cau9: Cho cac sb thuc 4,0 khac khong. Xét ham s f(x)= ~+bxe* v6i moi ¥ khac —1. Biét

(x+1)

1
£'(0)=-22 va [ f(x)dr=5. Tinh @+b2
0

A. 19. B. 7. C. 8. D. 10.
Loi giai

Chon D

*Taco f'(x)= —3a +be* +bxe* nén f'(0)=—3a+b:—22 (1)

(x+1)4
o Xét 5= jf )dx j[

1

+bxe"}dx = aj).(erl)_3 d(x+1)+b_|.xd(e)‘)

x+1) o

_ a 1 N — l—1 +b[e—e"l}—3_a 2
_—m|o+b|:xe . _([edx:| 2[4 ) 0 —8+b( )
-3a+b= =3
e Tu(l) va(2) taco &= =a+b=10.

LECE E o

4
Cau 10: Cho ham sb f(x) lién tuc trén R va f(2):16, jf(x)dx=4. Tinh 1=Ixf'(%jdx
0 0

A. I=12. B. I=112. C.1=28. D. [=144.
Loi giai
Chon B
U=x du =dx

sl oty
Khi do 7 = Ixf( jdx 2xf( j|;‘_2}f(£)dx =128-21, véi 11=ff(§}1x
oBatu=5:>dx 2du , khi do 1, = If( jdx 2jf du=2£f(x)dx:

vay [ =128-21, =128—-16=112.
Cau 11: [2D3-3-1]Cho ham s y = f(x) lién tyc trén doan [a;b] . Goi D 1a hinh phing gi¢i han bai do
thi cia ham sb y= f(x) , truc hoanh va hai duong théng x=a,x=b (a < b) . Dién tich hinh D

duoc tinh theo cong thure

If(x)dx. D.S:If(x)dx.

a a

A.S=j|f(x)|dx. B.S:if|x|dx. C.S=

b ‘ b
Loi giai
Chon A



Cau 12:

Cau 13:

Cau 14:

[2D3-3-1]Cho ham s6 y = 7" ¢6 dd thi (C). Goi D la hinh phing gi¢i han bsi (C), tryc hoanh

va hai duong thang x =2, x =3. Thé tich cta khéi tron xoay tao thanh khi quay D quanh truc
hoanh duogc tinh boi cong thic:

2 3 3 3
A. V:ﬂfﬂzxdx. B. V=ﬂ3fﬂxdx. C. V=7rj7zzxdx. D. V=7zz.[7z"dx.

3 2 2 2

Loi giai

Chon C
Thé tich ctia khi tron xoay tao thanh khi quay D quanh tryc hoanh dugc tinh boi cong thirc:

V= ﬂi(ﬁx )2 dx :ﬁi a7dx .
2 2

[2D3-3-2] Goi S ladién tich mién hinh phing dugc t6 dam trong hinh v& bén. Cong thirc tinh S
la
y
y=/(x)
/ ~1 0| IN—"2 &

1 2 1 2
Ao S=[f(x)dr+]f(x)dx, B. S = f(x)dx—[f(x)dr.

-1 -1

1 1

2 2
C.S=[f(x)dr. D. S =—] f(x)dx
—1 -1
Loi giai
Chon B
Ta thay mién hinh phang giéi han tr x=—1 d&én x =1 ¢ trén truc hoanh — mang déu duong
1
= S, =+[ f(x)dx
-1
Mién hinh phang gi6i han tir x =1 dén x =2 & dudi truc hoanh — mang ddu am
2
= S, =—[ f(x)dx
1
1
Vay S = [ f(x)dx— [ f(x)dx.
-1

1

[2D3-3-2] Tinh dién tich hinh phing dwoc gi6i han boéi hai d6 thi y=—x+2x+1;
y=2x"—4x+1.
A. 4. B. 5. C. 8. D. 10.
Loi giai
Chon A

Phuong trinh hoanh d¢ giao diém: —x* +2x+1=2x> —4x+1
&3x*-6x=0

{x:O
Ry .
x=2

2
Dién tich can tinh 1a: S = j|3x2 - 6x| di=4,
0



Cau 15:  [2D3-3-2]Cho hinh phing (H) gi6i han boi cic dudng y =+/x, x=0, x=1 va truc hoanh.
Tinh thé tich V' ctia khdi tron xoay sinh boi hinh (H) quay quanh truc Ox .

AL B. X C. . D. Jr.
3 2
Loi giai
Chon B
1 2|
F IS \ X T
The tich khoi tron xoay 1a V' = ﬂjxdx = 757 =5.

0

Chu 16: [2D3-3-3]Cho (H) la hinh phing gi6i han boi parabol y = ?xz va duodng Elip c6 phuong

2

trinh XT +3* =1 (phan t6 d4m trong hinh v&). Dién tich cua (/) bang

A. 27433 B. 2% o 73 p. 3~
6 3 4 4
Loi giai
Chon A
2 2
, X 2 X
TacO —+y =l=>y==%[1-—.
47 4 4

Phuong trinh hoanh d¢ giao diém ciia duong cong nira trén cia Elip va Parabol 1a

x' =1 B

x x=-1

,/ ———x X+ -4=0 4= .
x2=__ x=1

3
Suy ra dién tich hinh phang (H ) can tinh 13

S(H)=j1[\/;_£ de j\/4_— _N2

1
Xét I:I\/4—x2dx, dat x=2sint ta duoc I—%
!

o
4 —4sin*t2costdr = I 2cos’ ¢dt

o\n'—m‘“

T

(1+cos2t)dt (t + SiI;th ‘

6

T 3
.
3

2

'—.cx\ﬁ

ol



Do o S, _Z N33 2w+ V3
372 3 6

Céiu 17: [2D3-3-3|Tinh dién tich hinh phing gii han boi parabol y = x> —6x+12 va cac tiép tuyén tai
cac diem A(1;7) va B(-L19).

1 2 4
A. —. B. —. C.—.
3 3 3

Loi giai
Chon B
Taco y'=2x-6.

Goi tiép tuyén tai diém A (l, ) la d,

Suyradl:y:y()( )+ =—4x+11.

Goi tiép tuyén tai diém B(—1;19) la d,

Suyra d,: y=y'(-1)(x+1)+19=-8x+11.

Ta c6 phuong trinh hoanh d¢ giao diém gitta d, va parabol la
X —6bx+12=-4x+11x=1.

Ta c6 phuong trinh hoanh d6 giao diém giita o, va parabol 14
X —6x+12=-8x+11< x=-1.

Ta c6 phuong trinh hoanh d6 giao diém gitta d, va d, 1a

—4x+11=-8x+11<x=0.
Vay dién tich hinh phang can tinh la

0 1
S = jlx2 —6x+12+8x—11|dx+j|x2 —6x+12+4x—11|dx:§+%:§.
— 0

2

Cau 18: [2D3-3-3]Cho ham sé y=2—""
x+1

(v6i m1a tham s6 khac 0) c6 do thi 1a (C). Goi S 1a dién

tich hinh phang gi6i han béi do thi (C) va hai truc toa d9. C6 bao nhiéu gi tri thuc ctia m thoa

man S=17?
A. Khong. B. Mot. C. Ba. D. Hai.
Loi gidi
Chon D
x=0=y=-m"<0 (do m=0).
y=0:>x:m2>0
Vay S = j j 1+m2dx:"f Lem” dx=(<1+m2)ln|x+l|—x)m2
0 0 x+1 o\ x+1 0
2

:(1+m )ln(m +1)
Dé §=1 thi (1+m*)In(m* +1)-m? =1 @(1+m2)(ln(m2+1)—1)20.
<:>1n(m2+1):1 <:>m2+1:e<:>m:i\/;

Cau 19: [2D3-3-4] Cho parabol ( ) y=-x"+4 cit tryc hoanh tai hai diém A4, B va dudng thing
d:y=a (0<a<4).Xétparabol (P,) diqua 4, B va c6 dinh thudc duong thing y =a. Goi



Cau 20:

S, 1a dién tich hinh phang gi6i han béi (F) va d . S, 1a dién tich hinh phang gi6i han béi (P,)
va truc hoanh. Biét S, = S, (tham khao hinh v& bén dudi).

Tinh T =4’ -8a* +48a .
A. T=99. B. T=64. C.T=32. D. T=72.

Loi gidi
ChionlB
Goi 4, B 1a cac giao diém cua (R) vatruc Ox = A(-2;0), B(2;0) = 4B =4.
Goi M, N la giao diém cua (B) va duong thing d :>M(—x/4—a;a), N(\/4—a;a)

= MN =2vV4-a .

Nhan thay: (P,) 1a parabol c6 phuong trinh y = —%xz +a.

Ap dung cong thirc tinh dién tich hinh phang ta duoc:

4 4
S, =2[J4—y.dy :-?((4-”3) :%(4—61) 4-a.
F a ax3 ’
S, =2J(——x2 +aj.dx :2(——+axj
4 12 )

ik 4
Theo gia thiet: S, =S, :>§(4—a) 4-a :8?a & (4-a) =4d* & a* —8a’ +48a=64.

8a

Vay T =64.

[2D3-3-4]0ng B ¢6 mot khu vuon gidi han boi mot dudng parabol va mot dudng thang. Néu
dat trong hé toa d@ Oxy nhu hinh vé& bén thi parabol ¢6 phuong trinh y = x> va duong thang 1a
y=25. C)ng B du dinh dung mt manh vuon nho dugc chia tir khu vuon bdi mét duong théng

di qua O vadiém M trén parabol dé trong mot loai hoa. Hay gitip 6ng B xac dinh diém M bang
cach tinh do dai OM  @é dién tich manh vuon nho bang % .
A. OM =25 . B. OM =15. C. OM =10. D. OM =34/10.

Loi giai
Chon D



y
25
M
H
OI a a;

Goi diém H c6 hoanh do a, (a > 0) 14 hinh chiéu vudng goc cua diém M trén truc Ox .

Khi d6 ta c6 pt duong thaing OM ¢o6 dang y=tana.x, ( Véi a:ATOTJ)

MH a’
Stanag=——=—=a=y=ax.
a

Viy dién tich manh vuon can tinh la:

a 2 3
S=£(ax—x2)dx:[%—%j

Suy ra OM =+/3*+9* =3410.

Céu 21: Tinh mddun cua sb phirc z=3+4i.
A. 3. B. 5. C.7. D. /7.
Loi giai

g a 9
=— o —==—a=3.
6 6 2

0

Chon B

+ Médun cta s6 phirc z=3+4i 1a: |z| =3’ +4% =5.

Cau 22: Cho s phirc z=4+6i . Tim s6 phitc w=iZ +z
A. w=10-10i. B. w=-10+10i. C. w=10+10i. D. w=-2+10i.
Loi giai
Chon C
s Tacod: z=4+6i =z=4-6i.
s w=iZ+z =i(4-6i)+4+6i =10+10i.

Cau 23: Tim nguyén ham F(x)= jﬂzdx.

3 2.2

A. F(x)=r*x+C.  B. F(x)=2zx+C. C.F(x):%+C. D. F(x)=22+cC.

Loi giai
Chon A
*Taco F(x)= jﬂzdx = 7°x+C (vi 7° 1a hang sd).

f(x)=Nx  F(1)=1

A. F(x)=x\/;. B. F(x)z%x\/;+%. C. F(x):LjL%. D. F(x):%x x—l.

2x

Céu 24: Tim ham sb F (x) , biét F(x) 12 mot nguyén ham caa ham s6

Loi giai
Chon B



* Ta co: F(x) J T+C: +C In|2x+1|
2
2 R 1
‘F(l):§+C:l =(C=-.Va F(x):—x x+§.
Céu 25: Tim nguyén ham cta ham s6 f(x)=%(x+sin§j.
A. jf(x)dx:lxz—cos£+C. B. jf(x)dx:x2+lcos£+C.
- 4 2 2 2
C. J.f(x)dx:%xz—%cosg-i-C. D. J.f(x)dx:%xz—%cos§+C.
Loi giai

Chon A
, 1 .X 1(x* X 1, X
Ta co J.f(x)dx:—J. x+sin= |dx=—| —-2cos= |+C=—x" —cos=+C.
2 2 4\ 2 2 4 2
CAu 26: Tim ménh dé sai trong cac ménh dé sau

x+C

A. jx3dx= B. jldx=1nx+c.
X
C. jsinxdx:C—cosx. D. jZexdx:2(ex+C).
Loi giai
Chon B

* Tacod jldx=1n|x|+c.
X

Cau 27: Tim mot nguyén ham F(x) ctia ham s f(x) ( ) biét F =5, jf Jdx=x+C va
2
J‘g(x)dx:x7+C.

2 2 3 3

A.F(x)=%+4. B. F(x)=2-+5.  C.F(x)="-+5. D.F(x)zx?+3.

Chon A
¢ Taco F J.f

oMéjf( dx x+C:f —IJ‘g :—+C:>g( ):g

* Vay F(x I dx-T-i-C ma F(2)=5 suyra C=4.

2

¢ Hay F(x)=x7+4.

Cau 28: Chohamsd y = f(x) dong bién trén (0;+00); y = f(x) lién tuc, nhan gié tri duong trén (0;+0)

va thoa man f =—va [f ] x + 1) f(x) . Ménh dé nao dudi day diing?



Cau 29:

Cau 30:

A. 2613< f?(8)<2614. B. 2614 < f*(8)<2615.
C. 2618 < f?(8)<2619. D. 2616 < f*(8)<2617.
Loi giai
Chon A
* Ham s6 y = f(x) ddng bién trén (0;+) nénsuyra f(x)>0,Vx e (0;+0).
* Matkhac y = f(x) lién tuc, nhén gi4 trj duong trén (0;+) nén
[f ] (x+1) f(x)= f"(x)=4/(x+1) f(x), Vx e(0;+0)
)

V-
:j% [ = T =Ly

Tu f(3)=% suy ra Cz\/%—g
OSuyraf [ «/ x+1 \P__j

¢ Suy ra:

[\/ST \P——] { \/2—2]2:>f2(8)=(9+\/%—§]4z2613,26.

Trong khong gian véi hé toa 40 Oxyz , cho mat phang (P) x4+ y—2z+3=0 va diém 1(1;1;0).

(x+1), Vxe(0;+oo);

Phuong trinh mit cdu tim / va tiép xtc véi (P) la:

A (x=1)+(y-1) +22 =2 B. (x=1) +(y-1) +22 ==

6
C. (x—1)2+(y—1)2+22:%. D. (x+1)2+(y+1)2+22=?.

Loi giai
Chon B

* Mit cAu tiép xuc mat phfmg nén ban kinh mat cau 1a: r=d (1 ,(P)) =

* Vay phuong trinh mit cau 1a: (x—l)2 +(y —1)2 +z ==,

-1 3
Trong khong gian véi hé toa 46 Oxyz, cho duong thiang d —1 = % =z +13 va mat cau (S )
tam / co6 phuong trinh (S): (x—l)2 +(y—2)2 +(z+1)2 =18. Duong thang d cit (S) tai hai
diém A, B. Tinh dién tich tam giac I4B.

A SV B, LoVIT o L p, SV
= 3 3 6 9
Loi giai

Chon A



Cau 31:

Cau 32:

Cau 33:

Cau 34:

.-'III’J/ \\..'.
|'. - - 0 _—— .'l
| -
£ N P
e e— e |
\ —": = /
" | / d
TAL R s

+ Duong thang d di qua diém C(1;0;-3) va c6 vecto chi phuong u=(-1;2;-1)
* Mit cdu () co tam 7(1;2;—1), ban kinh R=3+/2.

* Goi H 1a hinh chiéu vuong goéc cua I 1én duong thang d.
L]
* Khido: IH = |q| , VO1 IC:(O;—2;—2); 2x+y—-3z-4=0
u
2 2 2
Viy o NE+27 420 66
Vi+4+1 3

Suy ra HB = ,/18—% =¥

o6 86 841
: .

3 3

* Vay, S,z =%]H-AB :%

Trong khong gian voi hé truc toa dd Oxyz, cho d=-3i +4 — 5k . Toa d0 cua vecto ala

A. (-3;4,-5). B. (-5:4;-3). C. (4,-5-3). D. (4,-3;-5).
Loi giai

Chon A

Taco: G=-3i +4] -5k < d=(-34-5).

Trong khong gian Oxyz, diém dbi xtmg véi diém B (3;—1;4) qua mat phing (xOZ ) co toa do
la
A (=3;-1;-4). B. (3;-1,-4). C. (3;14). D. (-3;-1;4).

Loi gidi
ChoniC
Piém ddi xtng v6i diém B (3;—1;4) qua mit phang (XOZ ) c¢6 hoanh d6 va cao do gidng diém
B nhung tung d6 1a s6 ddi voi tung do diém B. Do d6 diém dbi xtimg v6i B qua mit phing
(xOz)co toa dd 1a B'(3;1;4).
Trong khong gian Oxyz , khoang céch tir diém 7(-3;4;6)dén truc Oy 1a

A. 35, B. 53. C. 6l D. 77.

Loi giai
Chon A
Hinh chiéu vudng géc ciia diém 7(-3;4;6)1én truc Oy1al'(0;4;0) = d(I;0y)=1I'= 35.
Trong khong gian v&i hé toa do Oxyz, cho hai diém A(2;0;—1)va B(-1;3;1). Toa d0 ctua vécto
ABla



A. (3;,-3,-2). B. (1;3;0) . C. (3;-1;-2). D. (-3;3;2).
Loi giai

Chon D

Ta cé AB = (-3;3;2).

Cau 35: Trong h¢ toa do Oxyz, cho &:(1; m;—l)vé l;=(2; 1;3).Tim gia tri clia mdéalb.
A.m=-2. B.m=2. C.m=-1. D. m=1.
Loi giai
Chon D
Tacobalb < ab=12+ml+(-1)3=m-1.

Céu 36: Trong khong gian Oxyz, cho hai diém A(1;2;0), B(2;-1;1). Tim diém C c6 hoanh d6 duong
trén truc Ox sao cho tam gidc ABC vudng tai C.
A. C(3;0,0). B. C(2;0,0). C. C(1;0;0). D. C(5;0;0).
Loi gidi
Chon' A
Do C ¢6 hoanh d6 duong trén truc Ox nén C(x;0;0), x>0.
Ta co: R‘:(x—l;—2;0), R?:(x—2;l;—l).
Tam gidc ABC vudng tai C < AC.BC=0< (x—1)(x-2)-2=0.

e -3x=0s|" (3)(1). Vay C(3:0;0).
X =

Chu 37: Trong khong gian Oxyz, cho hinh hop ABCD.A'B'C'D'véi A(2:1;2),B'(1;2;1),C(-2;3;2) va

D'(3;O;1). Toa d6 cua diém B la
A. (-1;3;2). B. (2;-2;1). C. (-1;3;-2). D. (2-1;2).

Loi giai

Chon A

—@

B c
Goi I,Jlén lugt 1a trung diém cua canh AC,B'D'. Khi do 1(0;2;2) va J(2;1;1) .
U =(2-1-1).
Vi ABCD.A'B'C'D'1a hinh hop nén BB =1J =(2;-1;-1) = B(~1;3;2).
Chu 38: Trong khong gian Oxyz, cho céc diém 4(0;1;2),B(1;2;3),C(1;-2;-5). Piém M nim trong
doan théng BC sao cho MB =3MC . D¢ dai doan théng AM la

A. \f30. B. 1. C. V2. D. 7\3.

Loi giai



Cau 39:

Cau 40:

Chon A

C M B

Goi M(x;;z). Tacd MB=(1-x;2—y;3-2);MC = (1-x;-2~ y;-5-2z).
Theo dé bai diém M nam trong doan thang BC sao cho MB =3MC < MB =-3MC
1-x=-3(1-x) x=1
©12-y=-3(2-y) & y=-1=M(L,-L-3)= AM =(1;-2;-5) = AM =+/30.
3—z=-3(-5-2) z=-3
Trong khong gian v6i hé toa do Oxyz, cho tam gidc ABCco A(1;2;-1),B(2;-1;3),
C(-4;7;5). Goi D(a;b;c)la chan duong phén gidc trong ciia goc B cla tam gidc ABC. Gia
tri cia a +b+2c bang
A. 4. B.S. C. 14. D. 15.
Loi giai
Chon B

Taco: AB=4I +(-3) +4* =26; BC =104, 5

Theo tinh chat duong phan gidc trong  thi:
DA_4B _1_ -5 _1-5
DC BC 2 3

-5 -2 A7 D ®C
a-1=— a=—

= b:% =a+b+2c=5.

c+1=2 c=1

Trong khong gian Oxyz cho céc diém A4(1;0;0),B(3;2;4),C(0;5;4). Xét diém M (a;b;c)thudc
mit phang (0xy ) sao cho |m +MB + 2]\%‘| dat gia tri nho nhét. Toa d6 ciia M 1a
A. (1;3;0). B. (1;-3;0). C. (3;1,0). D. (2;6;0).
Loi gidi
Chon A

:xA+xB+2xC

X, 4 =1

Liy diém I sao cho IA+IB+2IC=0=y, :W:3:>[(l;3;3).

_ Z,+zp+2z,

zZ, 4 =3

P:‘WH\ZHZATC :‘(W+ﬁ)+(W+E)+2(W+E)‘.
P=‘4A71+(B+E+2E)‘=4Ml.

Pmin < M 14 hinh chiéu cta 7 1én mat phang (Oxy)= M (1;3;0).



Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Trong khong gian cho badiém A(5; —2; 0),B(-2; 3; 0) va C(0; 2; 3). Trong tim G cia tam
giac ABC co6 toa dod la

A. (LL1). B. (L-2). C. (1,2;1). D. (2;0;-1).
Loi giai
Chon A
X, = X, +Xx;+Xx, ~1

3
Yo :—yA+y33+yC —1= G (111

Z,tzy+z
z,=ATTB T

3

Trong khong gian v&i hé truc toa dd Oxyz cho hai vecto a = (—4;5;-3), b= (2;-2;1). Tim toa
do cua vecto x=a+2b.
A. x=(0;-L1). B. ¥=(0;1;-1). C. x=(-89%1). D. x=(2;3;-2).
Loi giai
Chon B
Taco: a=(-45-3), 2b=(4-42) = x=(0;1;-1).

Trong khong gian v6i hé toa dd Oxyz, cho hai diém A(1;-2;0) va B(-3;0;4). Toa do cla vécto

4B la

A. (—42:4). B. (-1-12). C. (-2;-2;4). D. (4;-2;-4).
Loi giai

Chon A

AB =(-4;2;4).

Trong khong gian Oxyz , diém nao sau day thudc truc tung Oy ?
A. 0(0;-10;0). B. P(10;0;0). C. N(0;0;-10).  D. M(-10;0;10).
Loi giai
Chon A
Trong khong gian véi h¢ truc toa do Oxyz, cho A(0;-1;1), B(-2;1;—-1), C(-1;3;2). Biét rang
ABCD 13 hinh binh hanh, khi d6 toa d6 diém D la:

A. D(—l;l;%}.. B. D(1;3;4).. C. D(L;1;4).. D. D(-1;—-3;-2)..

Loi giai
Chon C
x+1=2 x=1
Goi D(x;y;z),tacd ABCD 14 hinh binh hanh nén BA=CD <{y-3=-2 &1 y=1.
z—2=2 z=4

Vay D(1;1;4).

Trong khong gian véi h¢ toa d6 Oxyz, cho OM = (1;5;2), ON = (3;7;—4). Goi P la diém

d6i xtng voi M qua N . Tim toa d6 diém P.



Cau 47:

Cau 48:

A. P(5,9;-10). B. P(7;9;-10). C. P(5;9;-3). D. P(2;6;-1).
Loi giai
Chon A
Taco: OM =(1;5;2) = M (1;5;2), ON =(3;7;—4) = N(3;7;-4).
Vi P 1a diém d6i xtng v6i M qua N nén N la trung diém cta MP nén ta suy ra dugc
Xp=2xy—x, =5
Vp=2yy =y =9 = P(5,9;-10)

z,=2zy—z,=-10
Trong khong gian v6i hé toa dd Oxyz, cho hinh hop ABCD.A'B'C'D" ¢6 A(0;0;0), B(3;0;0)
, D(0;3;0) va D'(0;3;-3). Toa do trong tm cua tam giac 4'B'C" la.
A. (L1-2). B. (1;2;-1). C. (21;-2). D. (2;1;-1).

Loi giai
Chon C

Br

B C
Goi A'(aya,5a), B'(bsbysby), Cesese).

Do tinh chat hinh hop ta c6:

a, =0

AA'=DD' <1a,=0 = 4(0,0,-3).

a,=-3

h-3=0 [b=3

BB =DD < 1b,=0 <{b=0 = B'(3;0;-3).
by=-3 by =-3

¢ =3 ¢ =3
DC =4B & {c,-3=051c, =3 C(3;3,0).
c;=0 c;=0

Toa do trong tim G cua tam giac A'B'C la: G(Z; 1;—2) .

Trong khong gian v6i hé toa d6 Oxyz, cho tam giac ABC voi A(1;1;1), B(2;3;0). Biét rang
tam gidc ABC co tryc tim H (0;3;2) tim toa do ctia diém C.

A. C(32;3). B. C(4;2;4). C. C(;21). D. C(2;2;2).

Loi giai
Chon C



Cau 49:

Cau 50:

AH 1 BC
Goi C(a;b;c). Tacé H la truc tam tam giac ABC nén { BH 1 AC

| 4B, AC | 4H =0
AH =(-1;2;1), BH =(-2;0;2), AC =(a~1;b~1L;c~1), BC =(a~2;b-3;c),
AB = (1;2;-1).
| 4B, AC |=(2c+b-3,~a-c+2,b-2a+1).

—a+2+2b—-6+c=0 —a+2b+c=4 a=
Suyra {—2a+2+2c-2=0 &<-2a+2c=0 <b=2
2¢c—-b+3-2a-2¢c+4+b-2a+1=0 —4q—-4c=-8 c=

Vay C(1;2;1).

Trong khong gian vi hé truc toa dd Oxyz, cho bdn diém A(2;—3;7) , B(0;4;1) , C(3; 0;5) va

D(3;3;3). Goi M la diém ndm trén mdt phang (Oyz) sao cho biéu thirc |m +MB+ MC +MD
dat gia tri nho nhét. Khi d6 toa do ciia M la:
A. M(O;l;—4). B. M(2;1;0). C. M(O;l;—Z). D. M(0;1;4).
Loi gidi
Chon D
Tacé: AB=(-27;-6), AC =(1;3-2), 4D =(1;6;—4) nén | 4B, AC | AD=~4+0.
Suy ra: AB , AC, AD khong dong phang.
Goi G la trong tam tir dién ABCD . Khi do G(2;1;4).

Ta co: [MA + MB + MC + MD)| = [4MG| = 4MG .
Do do |m +MB +MC +Mj| nh¢ nhat khi va chi khi MG ngin nhét.

Véay M 14 hinh chiéu vudng géc cia G 1én mit phang (Oyz) nén M (0;1;4).

x=0
Trong khong gian Oxyz cho A(L-12), f(x)=0&|x=1, C(0;1;-2). Goi M (a;b;c) la
x=3
diém thudc mit phing (Oxy) sao cho biéu thic S = MAMB +2MB.MC +3MC.MA dat gia tri
nho nhét. Khi d6 T =12a+12b+c¢ c6 gia tri la
A. T =3. B. T =-3. C.T=l. D.T=-1.
Loi giai
Chon B
Do M (a;b;c) thudc mat phang (Oxy) nén ¢ =0 = M (a;b;0).

Ta co m:(l—a;—l—b;Z), Z\TB:(—Z—a;—b;3), W:(—a;l—b;—Z).

2 2
S = MAMB +2MB.MC +3MC.MA = 64> + 6b*> +2a—b +1 =6(a+%j +6(b—%j +%.



=S z%. Vay S dat gia tri nho nhat % khi



PE ON TAP KIEM TRA GIUA HOC KY II
MON: TOAN 12 - BE SO: 09

Caul: Chohamsd y=f(x) lién tuc trén khoang K va a,b,c € K . Ménh dé nao sau day sai?

A [ (x)as=0 b [ (ar=[ 7)o

C If(x)dx:—jf(x)dx D. [f(x dx+jf If(x)dx.
Cau2: Gidsu If dx 5va _[g dx =-7. Khi d¢, I:j.[3f(x)—2g(x)]dx bang:

A. I=19. B. 1=29. C.I=1. D. I1=22.

Cau3: Cho ham séf(x) c6 dao ham trén doan [-1:3] ,f(3) =2021

’ jf’(x)dxzzozo. Tinn / (“1)s
A f(-1)=-1. B. f(-1)=1. C. f(-1)=3. D. f(-1)=

Cau4: Biét f(x) laham so lién tyc trén R va If )dx =8. Khi do tinh I = If (2x—3)dx.
|

A.1=4. B.1=2. C.1=8. D. 1=6.
. , . r4lnx-3 . .
Cau5: Cho tich phan I:I dx . Neéu dat  =Inx thi
X
1
64_ 1 e 1
A.I:j’ S B. 1= jﬁdt C.I=[(4=3)dt  D.1=[(4-3)dt
1 ¢ 0 1 0
Cau 6:  Cho tich phan Iszdx aln5+bIn2 véi a, beZ. Giatri P=3a+2b bang
cos X +
3
A. P=1 B. P=7 C. P=-1 D. P=0

2 5
Cau7: Chohamsd y=f(x) lién tuc trén R . Biét Ix.f(x2+1)dx=6,héy tinh I:‘[f(x)dx
0 1

A. 1=12. B. I=3. C.I:L. D.I:l.

12 3

2
Cau 8: Tichphan [ = J- 1 dx=alnb+c,trong dé a, b, c 1a cac sb6 nguyén. Gia trj ciia biéu thirc
. X+

3a+2b+c bing
A. 15. B. 13. C. 4. D. 9.

5
Cau9: Chohamsd y =/ (x) co dao ham lién tuc trén doan [0;5] va /(5)=10, [xf"(x)dx=30. Tinh

0

A. 20. B. -30. C. -20. D. 70.



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

/2

7 1.2
Cho ham s f(x) lién tyc trén R va thoa man Jf(tan x)dx=6 va jx {(x) dx = 4. Tinh tich
0 0

phan I=J1'f(x)dx

A. 10. B.2. C. -2. D.%.
Cho ham 56 7=/ (¥ ) =8(%) Jien tuc trén [a:0]. Goi (H) 14 hinh gi6i han béi hai b thi
Y= f(x) , Y= g(x) va cac dudng thang x =a, x =b . Dién tich hinh (H) duogc tinh theo cong
thirc nao dudi day?

b b b
A. SH=I|f(x)|dx—j|g(x)|dx. B. SH=I|f(x)—g(x)|dx

b b
C.S, = x)]dx‘. D. S, = [[f(x)-g(x)]dr

Cho hamsd y = f (x) lién tuc trén doan [a;b] . Goi D 1a hinh phang gi¢i han béi d6 thi ham s6
y=f (x) , truc hoanh va hai duong thang x=a, x=b (a < b) . Thé tich khéi tron xoay tao thanh
khi quay D quanh truc hoanh dugc tinh theo cong thirc nao duédi day?

A.Vzﬂjfz(x)dx. B. V= 2;zjf )dx. C.V = njf )dx. D. V= zzjf

Dién tich hinh phdng gi6i han boi do thi ham s y = f(x) va truc hoanh (phén t6 ddm trong hinh

vé) 1a
0
A.s=[f
-2
1
c.s=[r
0
Tinh dién tich hinh phing gi6i han béi do thi ham s§ y = 4x — x va tryc Ox .
A 11 B. 32 c. 3l p. 2.
3 3 3

Tinh thé tich ¥ cta vat thé ndam gitra hai mat phéng x=0 va x =7, biét ré'mg thiét dién cua vat

thé bi cdt béi mit phing vudng goc véi truc Ox tai diém cé hoanh do x (0<x<7) la mot tam

giac déu canh bang 2+/sinx .



AV =3. B.V =3r. C.V=2m3. D. V' =243.
Cau 16: Cho (H ) 1a hinh phéang gi¢i han boi y = Jx, y =x—2 va truc hoanh (phan hinh v& dugc gach
chéo). Dién tich cua () bang

flx) = vx

I B. 1% c.l. D.
3 3 3

W | o

Ciu 17: Cho hinh phang (/) gi6i han béi cac dudng y=x*, y=0, x=0, x=4. Dudng thang y =k
(0 <k <16) chia hinh (H) thanh hai phan co dién tich S,, S, (hinh v&). Tim k dé S, =S,.

y =k
e
Y
o T = 44 N
A. 434 . B. 4. C. 2¥4. D. 432.

Cau 18: Cho hinh vuéng OABC c6 canh bang 4 dugc chia thanh hai phan bai parabol (P) c6 dinh tai

O. Goi S 1a hinh phing khong bi gach (nhu hinh v&). Tinh thé tich ¥ cta khéi tron xoay khi
cho phan S quay quanh truc Ox .

A.V:%. By 1287 c.y=%7 D,y =257

3 5 5
Cau19: Chohamsd f(x)=x’+ax’ +bx+c c6 dd thi (C). Biét ring tiép tuyén d cua (C) tai diém 4
¢6 hoanh do béng —1 cét (C ) tai diém B c6 hoanh do béng 2 (xem hinh v¢€). Dién tich hinh

phang gi6i han boi d va (C ) (phan gach chéo) bang




A2 B. 1L c.2. p. 2.
4 2 4 2
Cau 20: Mot hinh ciu ¢ ban kinh 6dm, nguoi ta cat bo hai phan bang hai mat phang song song va cling
vudng goc voi dudong kinh dé 1am mat xung quanh ctia mot chiée lu chira nude (nhu hinh vé).
Tinh thé tich ¥ ma chiéc lu chtra duoc, biét mat phang cach tim mit cau 4dm .

A v=%8, (dm’).  B.¥V=1927(dm’). C.V _136, (dm’). D. ¥ =2887(dm’).
3 3
Cau 21: S phirc nao dudi ddy 1a s6 thuan ao?
A. z=B3+i. B. z=3i. C.z=-2+3i. D.z=-2.
Céu 22: S phitc z théa man z =1-2i duoc biéu dién trén mat phang toa do bai diém?
A. Q(—l;—2). B. M(l;2). C. P(—1;2). D. N(l;—2).
Chu 23: Tat cd nguyén ham ciia ham s f(x) = ! la
2x+3
A.%ln|2x+3|+C. B. %ln(2x+3)+C. C. In|2x+3[+C. D. ﬁln|2x+3|+C.
n

Ciu 24: Cho hamsé f(x) c6 daoham f'(x) va c6 mot nguyén ham 1a F(x).
Tim 1= [[2f (x)+f"(x)+1]dx?
A IT=2F(x)+x f(x)+C. B. I =2xF(x)+x+1
C.I=2xF(x)++f(x)+x+C. D. [ =2F(x)+ f(x)+x+C.

Chu 25: Chohamsd y=f(x) lahamso chinva f'(x)= x(x2 —1). Khing dinh nao sau ddy ding?
A £(1)=£(0)=f(-1). B. £(1)>£(0)>f(-2).
C. £(=2)>£(0)> £ (1). D. £(~1)2£(0)2/(1).
Cau 26: Goi F(x) = (ax2 +bx+c)ex 1a nguyén ham ciia ham s f(x) = (x—l)2 e .Tinh S=a+2b+c.

A. §=3. B. §=-2. C. §=0. D. $=4.

3

Cau 27: Cho F(x)= x? la mot nguyén ham cua M Tinh I f(x).e"dx
X

A. 3x%e" —6xe* +6¢" +C B. x’¢" —6xe" +6¢* +C
C. 3x%¢"  —6xe" +e" +C D. 3x* +6xe* +6e* +C



Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cho ham s6 f (x) thoa man [xf'(x)]2 +1=x*[1-f(x).f"(x)] v6i moi x duong.
Biét f(1)=f'(1)=1.Tinh f*(2).
A. f3(2)=2In2+2. B. f?(2)=In2+1. C. f*(2)=+2In2+2. D. f?(2)=+/In2+1.
Trong khong gian vdi he¢ toa do Oxyz, cho hai diém A(2;l;1) , B(O;3;—1) . Mit cau (S) duong
kinh AB c6 phuong trinh la
A P +(y-2) +22=3. B. (x—1)" +(y-2)" +2* =3.
C. (x=1) +(y-2) +(z+1)" =9. D. (x=1)"+(y-2) +2*=9.
Trong khong gian Oxyz, cho tam giac ABC véi A(1;2;0), B(3;2;—1),C(—1;—4;4) . Tap hop tat
ca cac diém M sao cho MA®> + MB® + MC? =52 1a
A. mit cdu tdm 7(—1;0;—1), ban kinh #=2.  B. mit cu tam /(-1;0;—1), ban kinh » =~/2.
C. mit cAu tAm 7(1;0;1), bankinh r=~+/2.  D. mit cAu tim 7(1;0;1), ban kinh r=2.
Trong khong gian Oxyz, cho céc vecto a =(1;-1;2), b= (3:0;-1) va ¢ =(-2;5;1). Toa do cua
vecto u=a+b—c 1a
A. u=(0;6;-6). B.u=(6,0;-6).  C.u=(6;-6;0).  D.u=(-6:6;0).
Trong khong gian Oxyz cho hai diém A(1;2;3), B(-1;0;1). Trong tim G cua tam gidc OAB
cOtoaddla

2 4

A. (0;1;1). B. (O;E;Ej. C. (0;2;4). D. (-2;-2;-2).

Trong khong gian Oxyz , hinh chiéu vudéng géc cua diém A(l; 2;3) trén mat phang (Oyz) la
A. M (0;2;3). B. N(1;0;3). C. P(1;0;0). D. 0(0;2;0).
Trong khong gian Oxyz , cho hai vecto a = (2;-3;1) va b= (-1;4;-2). Gia trj cua biéu thirc a.b

bang
A. -16. B. —4. C. 4. D. 16.

Trong khong gian Oxyz, cho 4(0;—-1;1), B(-2;1;-1), C(-1;3;2). Biét rang ABCD 14 hinh
binh hanh, khi d6 toa d¢ diém D 1a

A. D(1;1;4). B. D(—l; L; %j C. D(1;3;4). D. D(-1;-3;-2).
Trong khong gian Oxyz, cho ba diém A(-1;2;-3), B(1;0;2), C(x;;-2) thing hang. Khi do
x+y bang

11 11
A. x+y=1. B. x+y=17. C.x+y:—?. D.x+y=?.

Trong khong gian Oxyz , cho 4(-3;1;2), toa do diém A' d6i xtmg véi diem 4 qua truc Oy 1a
A. (3;-1;,-2). B. (3;-1;2). C. (31,-2). D. (-3;-1;2).



Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Trong khong gian Oxyz, cho hai diém A(3;1; —2) , B(2;—3;5). Piém M thudc doan AB sao

cho MA=2MB, toa d6 diém M la

A. M(Z;_—S;ﬁ). B. M (4;5,-9). C. M(i;—s;ﬂj. D. M (1;-7;12).
333 2 2

Trong khong gian Oxyz, cho tam giac ABC véi A(1;2;5), B(3;4;1), C(2;3;—3) .Goi G la

trong tdm tam giac ABC va M la diém thay doi trén mp(OxZ). Do dai GM ngin nhat bang

A. 2. B. 3. C. 4. D. 1.

Trong khong gian Oxyz, cho véc to u =(1;1;-2), v=(1;0;m). Tim tit c gia tri clia m dé goc
gilta u, v bang 45°.

A.m=2. B. m=2++/6. C.m=2-+6. D. m=2++6.

Trong khong gian Oxyz, cho hinh thang cdn ABCD c¢6 cac day lan luot 1a 4B,CD . Biét
A(3;1;-2), B(-1;3;2), C(-6;3;6) va D(a;b;c) voi a;b;c€ R. Tinh T=a+b+c.

A. T=-3. B.T=1. C.T=3. D. T=-1.

Trong khong gian Oxyz, cho tam giac ABC véi A(1;2;5), B(3;4;1), C(2;3;-3). Goi G la

trong tAm tam gidc ABC va M la diém thay doi trén mp(Oxz). Do dai GM ngan nhét bang
A. 2. B. 3. C. 4. D. 1.

Trong khong gian Oxyz , mit phang (P): x+y—z+3=0, (P) di qua diém nao dudi day?
A. M(L1;-1). B. N(-L-L1). C. P(L1;1). D. O(-LL1).

Trong khong gian Oxyz, cho hai diém A(3;1;—1),B(2;—1;4). Phuong trinh mit phang
(04B) 1a

A.3x+14y+5z=0. B.3x-14y+5z=0.

C.3x+14y-5z=0. D.3x-14y-5z=0.

Trong khong gian voi hé toa dd Oxyz, goi (e) 1a mit phang di qua diém A4(2;-1;1) va song
song v6i mit phing (Q):2x—y+3z+2=0. Phuong trinh mit phing («) la:

A. 4x-2y+6z+8=0. B.2x—y+3z-8=0.

C.2x—y+3z+8=0. D.4x-2y+6z-8=0.

Trong khong gian Oxyz , cho diém A(1;-2;3), B(3;0;—1) . Mit phang trung truc cta doan thing

AB c¢6 phuong trinh
A. x+y-z+1=0. B. x+y-2z+1=0.

C.x-y-2z+1=0. D. x+y-2z+7=0.
Trong khong gian Oxyz , cho 4(2;0;0), B(0;4;0), C(0;0;6), D(2:4;6). Goi (P) la mit phing
song song v6i mp(ABC), (P) cach déu D va mit phiang (A4BC). Phuong trinh cta (P) 1a

A. 6x+3y+2z-24=0.B. 6x+3y+2z-12=0.
C. 6x+3y+2z=0. D. 6x+3y+2z-36=0.



Cau 48:

Cau 49:

Cau 50:

Viét phuong trinh mét phing (a) di qua M (2;1;-3), biét (a) cét truc Ox, Oy, Oz lan luot tai
A, B, C sao cho tam gidc 4BC nhan M lam tryc tim

A.2x+5y+z-6=0. B.2x+y-6z-23=0.

C.2x+y—-3z-14=0. D. 3x+4y+3z—-1=0.

Trong khong gian Oxyz, cho bon diem 4(L;1;1), B(-1;0;,-2), C(2;-10), D(-2;2;3). Héi co
bao nhiéu mit phiang song song v6i AB,CD va cit 2 dudng thang AC,BD lan luot tai M, N

2
thoa man ﬂ = AM* 1.
AM
A. 0. B. 2. C. 3. D. 1.

Trong khong gian Oxyz , mat phéng ax+by+cz—-18=0 cit ba truc toa do tai 4, B,C sao cho
tam gidc ABC c6 trong tim G(—1;-3;2). Gid tri a+c bang
A. 3. B. 5. C.-5. D. -3.



HUONG DAN GIAI CHI TIET

Caul: Chohamsd y=f(x) lién tyc trén khoang K va a,b,c € K . Ménh dé nao sau day sai?

A [ £(x)dx=0 B [ £(x)dv=] £ (0)at

C ;ff(x)dx=—.|:‘f(x)dx D. if(x)dﬁjf(x)dx:lf(x)dx
Loi giai

Chon D

+ Ménh dé dung la: Tf(x)dx+jf(x)dxzjf(x)dx.

2
Cau2: Gidsu jf )dx=5va jg dv=—7.Khids, I = [[3f(x)-2g(x)]dx bing:
0
A.1=19. B.1=29. C.I=1. D.1=22.
Loi giai
Chon B

2

* Ta c6: 1=i[3f(x)—2g(x)]dx=3jf(x)dx—2jg(x)dx=29.

0

Céu3: Chohamsb f(x) c6 dao ham trén doan [-1;3], £ (3) =2021, J.f )dx =2020. Tinh f(-1)?

A f(-1)=-1. B. f£(-1)=1. C. f(-1)=3. D. f(-1)=
Loi giai
Chon B
* Ta co jf dv=7(x), =f(3)-f(-1)= £ (- jf )dx =2021-2020=1.

Cau4: Biét f(x) laham so lién tyc trén R va If )dx =8. Khi d6 tinh J = If (2x—3)dx.
-1

A. 1=4. B.1=2. C. 1=8. D. I=6.
Loi giai

Chon A

e Pat r=2x-3=dr=2dx.

*Poican: x=1=rt=-1, x=4=1=5.

. I:if(Zx—3)dx:%jf(t)dt:

Cau5: Cho tich phan I:J4lnx_3dx.Néudatt=lnx thi
X
e 1 e 1
A.1=j4’_3dt B. /= j‘” & C.I=[(4=3)dt  D.1={(4-3)dt
1 € 0 1 0

Loi giai
Chon D



e Pattr=Inx :>dt=ldx.Déicén x=e=>t=1,x=1=1t=0.

X
e 1
o Khido I= j‘”nx & dv=[(4-3)d
1 0
Cau 6:  Cho tich phan IL)Czdx aln5+bIn2 véi a, beZ. Giatri P=3a+2b bang
Cos X +
3
A. P=1 B. P=7 C. P=-1 D. P=0
Loi giai
Chon C
¢ DPat r=cosx+2 = df =—sin xdx
. 5
0D6icénx:£:>t=— :—:>t—2
3 2 2
z Bl
t sinx 1 ¢l > 5
o [———dx=—[dt=[-dt=Infy =In>-In2 =In5-2In2
Y cosx+2 Lt ot :
3 2
¢ Vaytadugc a=1;b=-2 nén P=-1

2 5
Cau7: Chohamsb y=f(x) lién tyc trén R . Biét '[x.f(x2+1)dx:6,héy tinh I=If(x)dx
0 1

A. 1=12. B. [=3. C.IzL. D.I:l.
12 3
Loi giai
Chon A

2
* Xét tich phan [x.f (x> +1)dx =6, tacd

0
*Pit t=x" +1 = dt = 2xdx.
¢ Poican: Khi x=0=1¢=1, x=2=1¢=5.

2 5 5

ODod(’)Ix.f(x2+1)dx:6c>%jf(t)dt=6 < [£(1) t—12:>jf )dx=12 hay 7=12.
1 1

0

2
Cau 8: Tichphan [ = I 1 dx=alnb+c,trongdd a, b, ¢ lacéc sb nguyén. Gia tri cua biéu thire
0 x*+

3a+2b+c bing

A. 15. B. 13. C. 4. D.9
Loi giai
Chon D
2(x—1 2 2 2
¢ /= (i—)dx: (l—zz—xjdx=(x—ln|x2+l|) =2-In5.
o X +1 0 x"+1 0

¢ Khid6 a=-1,b=5, c=2.
* Vay 3a+2b+c=9.



5
Cau9: Chohamsd y= f(x) c6 dao ham lién tuc trén doan [0;5] va f(5)=10, .[xf’(x)dx =30. Tinh

0

5
j f(x)dx
0
A. 20. B. -30. C. -20. D. 70.
Loi giai
Chon A
u=x du =dx
* Pat =
{dwf'(x)dx {v=f<x>

T

4 1 .2
Cau10: Cho hamsd f(x) lién tuc trén R va thoa man jf(tanx)dxzé va j%dx=4. Tinh tich
s , Xt
1
phéan ]:If(x)dx.
0
3
A. 10. B.2. C. 2. D. .
Loi gidi
Chon A
%
Xét [ f(tanx)dx=6.
0
. dr
*batr=tanx > df=———dr=>dx= =
COS™ X 1+¢

5

X: A V4
¢ DPoican: x=0=1r=0, x:Z:M:l.

@jf(x)dx =6+4=10.

* Vay 1=10
CAu 11: Cho ham sb Y= f(x) , V= g(x) lién tuc trén [a;b]. Goi (H) 1a hinh gi¢i han boi hai dd thi
y= f(x) , V= g(x) va cac dudng thing x =a, x=b. Dién tich hinh (H) dugc tinh theo cong

thtrc nao duoi day?



Cau 12:

Cau 13:

a5, = [l [l (e B 5, = [l ()=o)

C.S, = Z[[f(x)—g(x)]dx‘. D. SH::[[f(x)—g(x)]dx
Loi giai

Chon B

Cho ham s0 y = f(x), y=g(x) lién tuc trén [a;b]. Goi (H) la hinh gi¢i han béi hai dd thi
y= f(x) , y= g(x) va cac duong thang x =a, x = b . Dién tich hinh (H) duogc tinh theo cong

thuc S, =j|f(x)—g(x)|dx.

Cho ham s6 y = f(x) lién tuc trén doan [a;b]. Goi D 1a hinh phing gi6i han boi dd thi ham s6
y=f (x) , truc hoanh va hai duong thang x=a, x=b (a < b) . Thé tich khéi tron xoay tao thanh
khi quay D quanh truc hoanh dugc tinh theo cong thirc nao duédi day?

A.V=ﬂjf2(x)dx. B. V= 2;zjf )dx. C.V = njf )dx. D. V= zzjf

Loi giai
Chon A

Cho ham s6 y = f(x) lién tyc trén doan [a;b]. Goi D 1a hinh phang gi¢i han béi d6 thi ham s6
y = f(x), truc hoanh va hai dudng thing x=a, x=b (a <b). Thé tich khdi tron xoay tao thanh

b
khi quay D quanh truc hoanh dugc tinh theo cong thirc V' =r I f? (x) dx

Dién tich hinh phéng gi6i han béi d6 thi ham sé y = f(x) va truc hoanh (phén t6 ddm trong hinh

vé) la

Loi giai

Chon A
Dién tich hinh phdng gi6i han boi do thi ham s y = f(x) va truc hoanh (phén t6 dam trong hinh

veé)la §= jzf(x)dx—j‘f(x)dx



Cau 14:

Cau 15:

Cau 16:

Tinh dién tich hinh phing gi6i han béi do thi ham s§ y = 4x — x* va tryc Ox .
AL B. 2 c.3l .32,
3 3 3
Loi giai
Chon D
Goi S 1a dién tich hinh phing gi¢i han boi dd thi ham sé y = 4x — x* va tryc Ox.

5 x=0
Xét phuong trinh 4x —x" =0 & )
x=4
4 4 x° ) 32
Ta c6 S:ﬂ4x—x2‘dx: j(4x—x2)dx =(2x* =) | ==
0 0 3 0 3

Tinh thé tich ¥ cta vat thé ndam gitra hai mat phfmg x=0 va x =7, biét réng thiét dién cua vat
thé bi cit boi mat phang vudng goc véi truc Ox tai diém c6 hoanh do x (0<x<7) la mt tam
giac déu canh bang 2+/sinx .

AV =3. B. V=3z. C.V=2m3. D. V =23.
Loi giai
Chon D

y=]5(x)ds :T(2m)2?dx =243,

Cho (H ) 1a hinh phang giéi han boi y = Jx, y =x—2 va truc hoanh (phan hinh v& dugc gach
chéo). Di¢n tich cua (H ) bang

A D B. 2 c.l. .3
3 3 3 3
Loi giai
Chon A
Phuong trinh hoanh d6 giao diém ciia do thi ham s6 y=\/; va y=x-2:
x=2 x>2
Jx=x-2o &9, S x=4.
x=(x-2) x’=5x+4=0
Dién tich hinh phang (H) la
312 3 4
2\/— 4\/— 2\/— 4\/— 2x2| | 2% X 10
S=£ xdx+.2” x—(x—2)‘dx:.! xdx+_£( x—x+2)dx = 3 + 3 —7+2x :?.



Chu 17: Cho hinh phang () gi6i han béi cac duong y=x*, y=0, x=0, x=4. Dudng thang y =k
(0 <k <16) chia hinh (H) thanh hai phan co dién tich S,, S, (hinh v&). Tim k dé S, =S,.

A. 444, B. 4 D. 432.
Chon B

V6i x>0 taco y=x" < x=4/y.

06 5,5, = (4 F)av=2f 4Py = (4r-205 o =202 )

4
@%=2(4k—§k\/%j @k\/E—6k+16=o@(ﬁ—z)(k—wz—s):o
k=4
= .Do 0<k<16 nén k=4.
~16+83

Céu 18: Cho hinh vudng OABC c6 canh bang 4 duogc chia thanh hai phan boi parabol (P) co dinh tai
O.Goi S 1a hinh phing khong bi gach (nhu hinh v&). Tinh thé tich ¥ cta khéi tron xoay khi
cho phan S quay quanh truc Ox .
1287z 1287 64r 256

AV =—— B.V=—n—-. C.V=—. D. V=
5 3 5 5

14

Loi giai

Chon D
2

Ta c6 parabol (P) c6 dinh O va di qua diém B(4;4) c6 phuong trinh y = %x

Khi d6 thé tich khdi tron xoay sinh boi hinh phing (phan gach chéo) khi quay quanh truc Ox 1a:

2
V, = ﬁj(—x j dx = 64;7[

Thé tich khdi try khi quay hinh vuéng O4BC quanh canh OC 1a V, = 7r’h = 7.4°.4 = 64r .



Cau 19:

Cau 20:

Suy ra thé tich V' ctia khdi tron xoay khi cho phan S quay quanh truc Ox 1a

byt on - L2507

Cho ham s6 f(x) =x’ +ax’ +bx+c co do thi (C) Biét rang tiép tuyén d ciia (C) tai diém A
c6 hoanh do bang —1 cit (C) tai diém B c6 hoanh do bang 2 (xem hinh v&). Dién tich hinh

phang gi6i han bdi d va (C) (phan gach chéo) bang

1
i
1
{ i
/ 1 O 9 @

Az B. 1L, cz p. 2
— 4 2 4

Loi giai
Chon A

Vi d6 thi ham sb f(x) di qua géc toadd O néntacd c=0

Taco: f'(x)=3x"+2ax+b, f'(-1)=-2a+b+3, f(-1)=a—-b-1.
Phuong trinh tiép tuyén cta do thi ham s tai diém c6 hoanh d¢ bang —1 1a
y:(—2a+b+3)(x+1)+a—b—1 <:>y:(—2a+b+3)x—a+2.

Phuong trinh hoanh d¢ giao diém ciia @b thi ham s6 (C ) va tiép tuyén 1a
X +ax’ +bx:(—2a+b+3)x—a+2 (1)

Vi tiép tuyén cit d6 thi ham s6 tai diém x =2néntacod 8+4a+2b=—4a+2b+6—a+2 =>a=0

Vay phuong trinh tiép tuyén cta (C) tai diém x=-1; y=(b+3)x+2
Dién tich hinh phang gi6i han boi do thi ham s6 (C) tai diém x=-1 va d6 thi ham s6 (C) la
2 2 27
S=|{(b+3)x+2—x"—bx |dx = | (—x’ +3x+2)dx =—.
[[e+3) Jae=]( Jav =7,
Mot hinh cau ¢6 ban kinh 6dm, ngudi ta cit bo hai phan bang hai mit phang song song va cing
vudng goc voi dudong kinh dé 1am mat xung quanh ctia mét chiée lu chira nude (nhu hinh v&).
Tinh thé tich ¥ ma chiéc lu chta duge, biét mat phéng cach tAm mat ciu 4dm .



Cau 21:

Cau 22:

A.V=¥7r(dm3). B.V=1927(dm’). C.V=-"-z(dm’'). D.V =2887(dm’).

Loi giai
Chon C

VA

"y

Trong hé truc toa dd Oxy, xét dudng tron (C ) ¢ phuong trinh x* + y* =36. Khi d6 nira phan
trén truc hoanh ctia (C) quay quanh truc hoanh tao ra mit cu tim O ban kinh bang 6 .

Mit khac ta tao hinh phang (H ) gi6i han boi nira phan trén truc hoanh ciia (C ) , truc Ox va céc
dudng thdng x =—4,x=4; sau d6 quay (H) quanh truc Ox ta dugc khdi tron xoay chinh la
chiéc lu trong d¢é bai.

Taco X’ +)y° =36 y= +J36-x* = nia phan trén truc hoanh cua (C) 1a y = V36— 2.

Thé tich ¥ cua chiéc lu 1a

4 ) 4 3\
V:ﬂj(\/36—x2) dx=7r_[(36—x2)dx=7t 36x - :Eﬁ (de).
% b 3), 3
S6 phirc nao dudi day 1a sé thuan ao?
A. z=3+i. B. z=3i. C.z=-2+3i. D.z=-2.

Loi giai

Chon B

Mot sb phuc co phﬁn thuc béng 0 duoc goi la s6 thuan ao.

Sé phuc z théa madn z =1-2i duoc biéu dién trén mat phéng toa do boi diém?

A. Q(—l;—2). B. M(l;2). C. P(—1;2). D. N(l;—2).
Loi giai

Chon B

Viz=1-2i=z=1+2i.



Do d¢ diém biéu dién s6 phirc z 1a (1;2).

1
2x+3

Céu 23: Tat cd nguyén ham ciia ham s f(x) = 1a

A. l1n|2x+3|+c. B. l1n(2x+3)+c. C.In|2x+3]+C.  D. L1n|2x+3|+c.
2 2 In2

Loi giai
Chon A

[ £ (x)dx= j—dx —ln|2x+3|+C

Cau 24: Cho ham s f(x) c6 dao ham f'(x) va ¢6 mdt nguyén ham la F(x) .
Tim 1= [[2f (x)+ f"(x)+1]dx?

A.I:ZF(x)+xf(x)+C. B.I:2xF(x)+x+1

C.IszF(x)++f(x)+x+C. Q.I:2F(x)+f(x)+x+C.
Loi gidi

Chon D

Taco: I=[[2f(x)+f"(x)+1]de=[2f (x)dx+[ f'(x)dx+ [1dx = 2F (x)+ f (x)+x+C
:I[Zf(x)+f'(x)+l]dx:2F(x)+f(x)+x+C.

Chu 25: Chohamsd y=f(x) lahamso chinva f'(x)= x(x2 —1). Khang dinh nao sau day dang?

A f(1)=7(0)=f(-1). B. £(1)>/(0)>f(-2).
C. £(=2)>£(0)>1(1). D. £(-1)2£(0)=/(1).
S Loi giai

Taco f(x)=[f'(x)dx=(x —x)dx:%x —;x +C (CeR).

f(0)=C;f(—l)zC—Z;f(l)zC—%;f(—2)=C+2.
= £(=1)= £ (1)< £ (0)<f(-2).

Cau26: Goi F(x)= (ax2 +bx+c)ex 12 nguyén ham ctia ham s f(x)= (x—l)2 ¢ .Tinh S=a+2b+c.
A. S=3. B. S=-2. C. S=0. D. S=4.
Loi gii
Chon B
Do F(x) 1a nguyén ham cia f(x) nén ta co

F'(x)zf(x)@(axz+(2a+b)x+b+c)ex =(x—1)ze

a=1 a=1
Dodotaco {2a+b=-2<b=-4=>S=a+2b+c=-2.
b+c=1 c=5
3
Cau 27: Cho F (x)=x? la mgt nguyén ham cua f(x).Tinh I f(x).e"dx
X



Cau 28:

Cau 29:

Cau 30:

A. 3x’e" —6xe" +6e" +C B. x’e¢" —6xe" +6e" +C

C. 3x%¢" —6xe" +e" +C D. 3x* + 6xe* +6e* +C
Loi giai
Chon A
Ta co: F'(x)=&<:>x2 JS(x )<:>f(x) X = f'(x)=3x"
X

, 5 _|lu=3x du = 6xdx
Do do [ f'(x).'dx = [3x"e"dx ta dat =N )
v=e

dv=e'dx
Ta duchf'(x).exdx = J.3x2 'dx =3x"e" —I6xex =3x’e" —6xe* +6e" +C

Cho ham s f (x) théa man [x/'(x)] +1=x*[1- f(x).f"(x)] véimei x duong.
Biét f(1)=f'(1)=1.Tinh f*(2).
/(2
)=

A. fz( )=2In2+2. 2)=In2+1.
()=m D. f2(2)=+In2+1.
Loi giai
Chon A
Taco: [xf'(x)] +1=2[1=/ (x)./"(x) ] [ £'(0)] +f(x).f"(x)=1—%(l) (do x>0).

Léy nguyén ham hai vé (1) taco: f(x).f'(x) L C (2).
X
Do f(1)=/'(1)=1néntx (2)=C, =-1.
Khi d6 f(x).f'(x)=x+l—1® 2f(x).f'(x)=2x+2—2 (3).
X X

Lay nguyén ham hai vé (3) taco: [’ (x) =x"+2Inx-2x+C, (4)
Do f(1)=1néntr (4)=C, =2.
Vay: f?(x)=x"+2Inx-2x+2= f?(2)=2In2+2.
Trong khong gian vdi h¢ toa do Oxyz, cho hai diém A(2;l;1) , B(O;3;—1) . Mit cau (S) duong
kinh AB c¢6 phuong trinh la
A P+ (y=2) +22=3.B. (x—1) +(y-2) +2* =3.
C. (x=1)" +(y=2) +(z+1)" =9. D. (x—1) +(y-2) +22 =9,

Loi giai
Chon B
Tam [ la trung diém AB = I(1;2;0) va bankinh R=14=+/3 .
Vay: (8):(x=1) +(y-2) +z*=3.
Trong khong gian Oxyz , cho tam gidc ABC vdi A(1;2;0), B(3;2;—1), C(~1;—4;4) . Tap hop tat
ca cac diém M sao cho MA® + MB* + MC* =52 1a
A. mit cAu tdm I(-1;0;—1), ban kinh r=2. B. mit cau tAm 1(-1;0;—1), ban kinh » = V2.

C. mit cau tim 1(1;0;1), ban kinh » = \/5 D. mit cu tim 1(1;0;1), ban kinh r=2.
Loi giai



Cau 31:

Cau 32:

Cau 33:

Cau 34:

Chon C

Goi M(x;y;z).

Khi d6 MA® + MB* + MC?

:(x—U2+(y—2f+zz+(x—3f+(y—2f+{z+D2+(x+U2+(y+4f+{z—4f

=3x*+3y* +32° —6x—62+52.

Theo dé: MA* + MB* + MC? =52 < 3x> +3)” +32° —6x—62+52=52
Sx=-1)’+y +(z=1)"=2

Vay: M thudc mit cdu co tim mit cau tim 7(1;0;1), ban kinh » = J2.

Trong khong gian Oxyz, cho céc vecto a =(1;-1;2), E=(3;O;—l) va ¢ =(-2;5;1). Toa do cua
vecto u=a+b—c la
A. u=(0;6;-6). B. u=(6;0;-6).  C.u=(6;-6;0).  D.u=(-6:6;0).
Loi gidi
Chon C
u=a+b—c=(1+3-(-2);-1+0-5;2-1-1)=(6;-6;0).

Trong khong gian Oxyz cho hai diém A(l;2;3) , B(—l;O;l). Trong tdm G cua tam gidc OAB

co toa do la
A. (0;151). B. (o;z;f} C. (0;2;4). D. (-2;-2;-2).

Loi giai
Chon B
_1-1+0

X 3 0

. ) 2 2
Ap dung cong thirc toa do trong tam tam giac ta c6 < y. = +0+0 = = G(O;%;%} .

3 3
3+1+0 4
T3 T3

Vay trong tam G cua tam gidc OAB c6 toa df la (O;%;%).

Trong khong gian Oxyz , hinh chiéu vudng goc cua diém A(l; 2;3) trén mit phang (Oyz) la
A. M(0;2;3). B. N(1,0;3). C. P(1;0;0). D. 0(0;2;0).

Loi giai
Chon A
Theo 1y thuyét ta c6: Hinh chiéu cua diém M (x; y;z)1én mét phang (Oyz) 1a M'(0;y;z)
Nén M(0;2;3) 14 hinh chiéu cua diém A(1;2;3) trén mat phéng (Oyz) )

Trong khong gian Oxyz , cho hai vecto a = (2;-3;1) va b= (—1;4;-2). Gi tri ciia biéu thirc ab
bang
A. —16. B. —4. C. 4. D. 16.
Loi gidi
Chon A



Cau 35:

Cau 36:

Cau 37:

Cau 38:

ab=2.(-1)+(-3).4+1.(-2)=-16.

Trong khong gian Oxyz, cho 4(0;-1;1), B(-2;1;—-1), C(~1;3;2). Biét ring ABCD 1a hinh

binh hanh, khi d6 toa do diém D 1a

A. D(1;1;4). B. D(—l; L; %) C. D(1;3;4). D. D(-1;-3;-2).
Loi giai

Chon A

Goi toa d6 diém D(x;y;z), AB = (-2;2;-2), DC = (-1-x3-y;2-z2)

Vi ABCD 1 hinh binh hanh nén 4B = DC . Do d6, ta c6 hé sau:

—1-x=-2 x=1
3—y=2 <oy=1
2—z=-2 z=4

Vay toa d¢ diem D(1;1;4).
Trong khong gian Oxyz, cho ba diém A(-1;2;-3), B(1;0;2), C(x;;-2) thing hang. Khi do
x+y bang

11 11
A. x+y=1. B. x+y=17. C.x+y=—?. D.x+y=?.
Loi giai
Chon A
Co AB=(2;-2;5), AC =(x+1Ly-2;1).
3
q S 11 oy—2 1 |73
A, B, C thang hang < 4B, AC cung phuong QXsz—2=§© o =>x+y=1.
y=§

Trong khong gian Oxyz , cho 4(-3;1;2), toa do diém A' d6i xtmg véi diém 4 qua truc Oy 1a
A. (3;-1-2). B. (3;-1;2). C. (3;1,-2). D. (-3;-12).
Loi gidi
Chon C
Goi A(x;y;z), A'(x';y'z") 1a diém dbi xtmg v6i diém A qua truc Oy .
x'=—x

DPiém A' dbi xung voi diém 4 qua truc Oynén { y'=y . Do do A':(3;l;—2).

z'=—z
Trong khong gian Oxyz, cho hai diém A(3;l;—2) , B(2;—3;5). DPiém M thudc doan 4B sao
cho MA=2MB, toa d0 diém M 1a
A. M(Z;_—5;§j. B. M (4;5,-9). C. M(i;—s;ﬂj. D. M (1;-7;12).
333 2 2
Loi giai
ChonA

Goi M (x;y;z).



Cau 39:

Cau 40:

Cau 41:

Vidiém M thudc doan AB sao cho MA=2MB = AM =2MB

7
v=l
x-3=2(2-x) 3

5 7 58

edy-1=2(-3- == — =2,

y (3-y)=qy 3:>M(3, 3,3j
Z+2=2(5—Z) 8
73

Vay M(Z;_—Sﬁj-
3°3
Trong khong gian Oxyz , cho tam gidc ABC véi A(1;2;5), B(3;4;1) , C(2;3;—3) .Goi G la
trong tAm tam giac ABC va M la diém thay doi trén mp(Oxz). Do dai GM ngan nhét bang
A 2. B. 3. C. 4. D. 1.
Loi giai
Chon B
Do G la trong tam tam giac ABC = G(2;3;1).
Goi H 1a hinh chiéu vudng géc cia G trén mit phing (Oxz), khi d6 GH la khoang cach tir G
dén mat phéng (Oxz) ,taco: GH = d(G,(Oxz)) =3
Véi M 1a diém thay ddi trén mat phang (0xz) ,tacé GM >GH =3, do d6 GM ngan nhit <
M=H.
Viy d6 dai GM ngan nhit bang 3.
Trong khong gian Oxyz, cho véc to u = (L1;-2), = (1;0;m). Tim tat ¢ gid trj coa m dé goc

gilta u, v bang 45°.

A m=2. B. m=2++6. C. m=2-+6. D. m=2++6.
Loi giai
Chon C
+ (ﬁ,;):45°<:>cos(ﬁ,;):£ Rt ﬂu'vq =£<:>i:L Rt 3(m2+1)=1—2m
2 |u||V| 2 Je+m 2
1

1-2m >0 <L

{3 3=l dmtdn® b e m=2-6.

m +i3=1-4m+4am m2_4m_2=0

Vay: m=2-+6.
Trong khong gian Oxyz, cho hinh thang cdn ABCD c6 cac day lan luot 1a AB,CD . Biét
A(3;1;-2), B(-1;3;2), C(-6;3;6) va D(a;b;c) voi a;b;c € R. Tinh T=a+b+c.
A.T=-3. B. T=1. C.T=3. D. T=-1.

Loi giai
Chon A
¢ Cach 1: Ta cod @z(—4;2;4);@:(a+6;b—3;c—6)

Do ABCD 1 hinh thang cén nén CD = k4B (k e R) hay - bf —




Cau 42:

b —“ —-a
={ 2 . Vay D(a;j;—aj.
c=-a

2
Lai c6 AC =BD < AC* =BD*? <:>(—9)2 +2°+8° =(a+1)2 +(%+3) +(a+2)2

a=6

a=-10

Véi a=-10= D(-10;5;10). Kiém tra thiy: 4B =CD (Khdng théa man ABCD la hinh thang
can).

Véi a=6= D(6;-3;-6). Kiém tra thiy: (~3).4B = CD ( thoa man).

Dodd, T=a+b+c=6-3-6=-3.

*Ciach 2

Tacod ﬁ:(—4;2;4);C—D:(a+6;b—3;c—6)

<:>a2+4a—60:0<:>[

a+6 b-3 c-6

Do ABCD 1a hinh thang can nén AB; CD nguoc hudng hay 5 . 5 <0
b="2
2 —a
& qc=-a . Vay D(a;T;—aJ voi a>—6.
a>—6

2
Lai 6 AC=BD < AC* =BD* & (-9)' +2° +8’ = (a+1)’ +(§+3) +(a+2)

a==6

a=-10(L)

Véi a=6= D(6;,-3;,-6).

Dodd, T=a+b+c=6-3-6=-3.

*+Cach 3

Viét phuong trinh mat phang trung truc cta doan thang 4B ( ciing 1a mp trung truc cta doan
thang CD)

Goi mp (o)la mit phang trung tryc cia doan thing AB, suy ra mp (@) di qua trung diém

<:>a2+4a—6O:O<:>{

, . - 11—
1(1;2;0) cua doan thang AB va c6 mét vecto phap tuyén la n :EAB:(_2;1;2)’ suy ra

phuong trinh cia mp («)la: (a): —2x+y+22=0.
Vi C,D ddi xing nhau qua mp(a)nén
D(6;-3;-6)=>a=6;b=-3;c=—6=>T=a+b+c=-3

Trong khong gian Oxyz, cho tam giac ABC véi A(1;2;5), B(3;4;1), C(2;3;—3) .Goi G la
trong tAm tam giac ABC va M la diém thay doi trén mp(OxZ). D6 dai GM ngan nhat bang
A. 2. B. 3. C. 4. D. 1.

Loi giai
Chon B



Cau 43:

Cau 44:

Cau 45:

Cau 46:

¢ Do G latrong tim tam giac ABC = G(2;3;1).
*Goi H 14 hinh chiéu vudng géc cia G trén mit phang (Oxz) , khi d6 GH 1a khoang cach tur
G dén mit phang (Oxz), ta c6: GH = d(G,(Oxz)) =3
*Vé6i M 1a diém thay ddi trén mat phang (Oxz), tacé GM > GH =3, do 46 GM ngén nhit <
M=H.
Vay d6 dai GM ngan nhat bang 3.
Trong khong gian Oxyz , mit phang (P): x+y—z+3=0, (P) di qua diém nao dudi day?
Ao M (L1;-1). B. N(-L;-11). C. P(L1;1). D. O(-LL1).

Loi giai
Chon B
* Loai A, C, D vi thay toa do diém M (L;1;-1), P(L;1;1), Q(~L11) vao pt mit phang (P) ta
thay khong thoa man.
+Thay toa d diém N (—1;—1;1)vao phuong trinh mét phang (P) ta thiy: —1-1-1+3=0 thoa
man. Tt 1a mét phang (P) di qua diém N(-L-L1).

Trong khong gian Oxyz, cho hai diém A(3;1;—1),B(2;—1;4). Phuong trinh mit phing

(O4B) 1a

A.3x+14y+5z=0. B.3x-14y+5z=0. C.3x+14y-5z=0. D. 3x-14y-5z=0.
Loi giai

Chon D

* Taco:OA=(3;1;-1),08 = (2;-134 ) = | 04;08 |=(3;-14;-5) 1a VIPT cia
(04B)

*Mit phing (OAB)C(’) VTPT la (3 ;—14; —S)Vé di qua O(O;O;O)nén c6 phuong trinh:
3x-14y-5z=0.

Trong khong gian voi hé toa d Oxyz, goi (@) la mit phang di qua diém A(2;-1;1) va song
song véi mét phang (Q):2x - y+3z+2=0. Phuong trinh mat phang (&) la:
A. 4x-2y+6z+8=0. B. 2x—y+3z-8=0. C. 2x—y+3z+8=0. D. 4x-2y+6z-8=0

Loi giai
Chon B
* Vi (@) song song véi (Q):2x—y+3z+2=0 nén mit phing (a) c6 phuong trinh dang
2x—y+3z+d =0 voi d #2.
*Vi (@) di quadiém A4(2;-L1) nén 2.2—(-1)+3.1+d =0 < d =-8 (théa min d =2).

Vay (a) c6 phuong trinh 14 2x—y+3z-8=0.

Trong khong gian Oxyz , cho diém A(1;-2;3), B(3;0;—1) . Mit phang trung truc cta doan thing

AB ¢6 phuong trinh

A. x+y-z+1=0. B. x+y-2z+1=0. C.x-y-2z+1=0. D.x+y-2z+7=0.
Loi gidi



Chon B
* Goi M 1a trung diém ABthiM (2;—1;1); AB =(2;2;—4).

*Mit phang trung truc ciia AB di qua M nhan Zé lam vecto phap tuyén c6 phuong trinh:
2(x—2)+2(y+1)—4(y—1):O<:>x+y—2z+1:O.

Cau 47: Trong khong gian Oxyz, cho A(2;0;O), B(0;4;0), C(O;O;6), D(2;4;6). Goi (P) la mat
phang song song véi P (ABC), (P) cach déu D va mat phang (ABC). Phuong trinh cta (P)
la

A. 6x+3y+2z-24=0.B. 6x+3y+2z-12=0.
C. 6x+3y+2z=0. D. 6x+3y+2z-36=0.
Loi gidi
Chon A
+ Phuong trinh mp (ABC): §+%+§:1 & 6x+3y+22-12=0.

*Mit phang (P) song song v4i mit phang ( ABC ) nén phuong trinh c¢6 dang:
6x+3y+2z+d=0,d=#-12.
#Miit phang (P) cch déu D va mit phang (4BC)
& d((4BC).(P))=d(D.(P) = d (4. (P))=d(D.(P)
6.2+d|  |6.2+3.4+2.6+d|
Jor+37 12" e 43212

Vay phuong trinh mét phang (P): 6x+3y+2z-24=0.

= < |d +12|=|d +36| & d =24 (théa man).

Ciu 48: Viét phuong trinh mdt phing (@) di qua M (2;1;-3), biét (a) cét truc Ox, Oy, Oz lan luot tai
A, B, C sao cho tam gidc 4BC nhan M lam tryc tdm
A. 2x+5y4+z-6=0. B.2x+y-6z-23=0.
C.2x+y—-3z-14=0. D. 3x+4y+3z-1=0.
Loi giai
Chon C
* Gia st A(a;0;0), B(0;5;0), C(0;0;¢), abc 0.

Khi d6 mat phang (a) c6 dang: £+%+£ =1.
a c

2 1 3
*Do M 242221 (1
oMe(a) a+b ; (1)

Ta c6: AM :(Z—a;l;—3),m :(2;1—b;—3),ﬁ?:(o;—b;c),%:(—a;o;c)

AM BC=0

b=-3c
] -b-3¢c=0
*Do M 1a tryc tdm tam gidc ABC nén: ¢ | = 3¢ (2)
BM.AC=0 —2a-3c=0 a:—?
Thay (2) vao (1) ta co: —i—L—ézlcc:—ﬂ:azlb:M.
3c 3¢ c 3
Dod6 (a): 2+~ 1204 y-32-14=0.

7 14 14



Cau 49:

Cau 50:

Trong khong gian Oxyz , cho bon diémA(l;l;l), B(—l; 0; —2) , C(2;—1;0) , D(—2;2;3). Hoéi ¢co
bao nhiéu mit phiang song song voi 4B,CD va cét 2 dudng thing AC,BD lan lugt tai M, N

2
théa man (ﬂj =AM? 1.
AM

A. 0. B. 2. C. 3. D. 1
Loi giai

Chon D

¢ Cach 1:

Ta dé dang chimg minh dugc 4 diém 4, B,C, D tao thanh t& dién. Goi () lamat phéng can tim,ta
xac dinh mit phang («) nhu sau:
Me (a) NAB

— giao tuyén cua(a)va (ABC)la Mx trong d6
()11 4B giao tuy (e)va (4BC) g

Xét (a) va (A4BC) co {

Mx// AB, MxNAB=K
Tuong tu ta c6 giao tuyén ctia () va (BCD) la Kytrong d6 Ky//CD, KynBD=N
= (a)=(KMN)

. BN BK AM BN AM _ BN BD .30

Ta co: = = = = = \/_
BD BC AC ~ BD AC AM AC e
. (BNY

Vay tir gia thiét: (WJ = AM?—1= AM*>=6= AM =+J6=AC .
= M 1a diém d6i xtimg ctia Cqua 4.
Vay chi ¢6 1 mat phing théa man yéu cau bai toan.
+Cach 2:
Ta dé dang chimg minh dugc 4 diém 4, B, C, D tao thanh tir dién.
Vi mit phing (&) song song v6i AB,CD va cit 2 dudng thang AC, BD lan luot tai M, N nén

BN _BD \/7\/3

theo dinh 1i Talet trong khong gian ta co:
1 g gg M AC \/—

2
Vay tir gia thiét: (%j = AM?—1= AM*>=6= AM =+J6=AC .

= M 1a diém d6i xtimg ctia Cqua 4.
Vay chi c6 1 mat phang théa man yéu cau bai toan.
Trong khong gian Oxyz , mit phang ax +by+cz—18=0 cit ba truc toa do tai 4, B,C sao cho
tam gidc ABC co trong tim G(—1;-3;2). Giatri a+c bang
A. 3. B. 5. C. -5. D. -3.
Loi giai



Chon D

+ Gia sir mit phang (P): ax+by+cz—18=0 cit 3 truc toa 40 Ox,Oy,0z lan luot tai 4,B,C.
Do AeOx= A(x,;0;0); BeOy= B(0;y,;0); Ce0z=C(0;0;z.).

*Vi G(-1;-3;2) la trong tim tam gidc ABC nén:

x,+0+0_

3 x,=-3
wz—w: ¥y =-9=> 4(=3;0:0),B(0;-9:0),C(0;0;6).
0+0+z, =6

3

+Do 4,B,C (P) nénmp(P) cb phuong trinh:%+l+5=1@—6x—2y+3z—18=0.

Suyra: a=—6;c=3.Vay a+c=-3.



PE ON TAP KIEM TRA GIUA HOC KY II
MON: TOAN 12 - PE SO: 10

Cau1: Tinh tich phan I:j(4x3—3)dx.

A [=—4.  B.I--6. C.I1=6. D.I=4.
Ciu 2: Neujf )dx = 4th1j2f )dx bing

A. 16. B. 4. C.2. D. 8.
Céu3: Cho if(x)dsz; j-g(t dr=-3. Gia tri clia A:j[3f(x)—2g(x)]dx bing

A. 5.2 2 B. -1. c.212. D. 0.
Chu4: Cho ham s6 y=f(x) c6 dao ham lién tyc trén doan [-1;1] théa man j f'(x)dx=5 va

f(~1)=4.Tim f(1).

A. f(1)=1. B. f(1)=-9. C. f(1)=-1. D. f(1)=9.
CAu5:  Tinh tich phan: [ = j—dx a+bn2,a,beZ. Tinh a—2b

A. 0. B. -1. C.2. D. 1.

2 2
Cu 6:  Xét [xe"dx, néudat u=x" thi [xe"dx bing
0

0

2 4 2 4
A. 2je“du. B. 2je"du. C. lj e“du. D. lje"du
0 0 2’0 20
4 1 .
CAu7: Cho [f(x)drx=-1.Khidé 7= f(4x)dr bing:
0 0
A T=L B.I=_1. C.1=-2. D I=_L,
4 4 2
Cau8: Giasu I4dx aln5+bIn3; a,bcQ.Tinh P=ab.
x +4x+3
A. P=-4. B. P=8. C.P=-6. D. P=-5.

Cau9: Chohamsd y= f(x) c6 dao ham lién tuc trén doan [0;5] va £ (5)=10, jxf )dx =30. Tinh

5
[ £ (x)dx
0
A. 20. B. -20. C. 70. D. -30.
Cau 10: Chohamsé f(x) ¢ f(0)=0 va f'(x)=cosxcos’2x,V € R . Khi dé jf(x)dx bang
0

Racy B. 25 c. 22 D. 2.
225 225 225 225
Céu 11: Dién tich hinh phang gi6i han boi hai duong thang x =0, x =m, d6 thi ham sé y = cosx va truc
Ox la



Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

A. Szfcosx dx. B. S=Tcoszxdx. C. S=T|cosx|dx. D. S=7r}|cosx|dx
0 0 0 0

Tinh thé tich khéi tron xoay duoc tao thanh khi quay hinh phang (H ) duogc gidi han boi cac

dudng y = f(x), truc Ox va hai dudng thang x=a, x=5b xung quanh truc Ox.

b b b b
Ao z[ f(x)dx. B. [ £ (x)dx . C. x| f(x)dx . D. 27 > (x)dx .
Tinh dién tich hinh phang gidi han boi cac dudong y=x*, y=2x+3.
Al B 12 .22 .2
3 6 3 6

Cho hinh phang (H ) gii han boi céc duong y = Jx =1, truc hoanh va dudng thing x = 4. Khéi
tron xoay tao thanh khi quay (H) quanh truc hoanh c6 thé tich ¥ bang bao nhiéu?

2
Av=L) B.v="" c.v=10 p.y=""

6 6 6 3

Mot 6 t6 dang chay v6i van toc 20 m/s thi ngudi lai xe phat hién c6 hang rao chian ngang duong
& phia truéc cach xe 45 m (tinh tir dau xe t6i hang rao) nén nguoi lai dap phanh. Tir thoi diém
do, xe chuyén dong cham dan déu véi van tde v(t) =-5¢t+20 (m/s) , trong do6 ¢ 1a thoi gian

dugc tinh tir luc ngudi 1ai dap phanh. Khi xe dimg han, khoang cach tir xe dén hang rio 1a bao
nhiéu?
A.4m. B.5m. C.3m. D. 6 m.

Hinh phang gi6i han boi d6 thi ham sé y = f (x) va truc hoanh gém hai phan, phan ndm phia

trén truc hoanh ¢6 dién tich S, = % va phén nam phia dudi truc hoanh ¢6 dién tich S, = g . Tinh

I:Jl.f(3x—1)dx.

}!
S
1 0 1 2 x
S?,
5
A T=2 B.I=-3 c.r=-31. p.r=-L
3 4 36 4

g s o1
Cho (H ) 1a hinh phang gidi han boi 2 cung tron cd ban kinh R =2, dudng cong y =+/4—x

va tryc hoanh (mién t6 d4m nhu hinh v&). Tinh thé tich V' cuia khéi tao thanh khi cho hinh (H)
quay quanh truc Ox .



Cau 18:

Cau 19:

Cau 20:

-2 o 1 4 X

-z BV =2%, c.v=2% r=2z
6 6 3 3

AV

Ong An xay dung mot san bong d4 mini hinh chit nhat c6 chiéu rong 30m va chiéu dai 50m. Bé
giam bat kinh phi cho viéc trong c¢6 nhan tao, 6ng An chia sdn bong ra lam hai phan (t6 mau va

khong t6 mau) nhu hinh vé.

B

50m

- Phan t6 mau gom hai mién dién tich bang nhau va duong cong AIB 1a mét parabol c6 dinh 1.

- Phén t6 mau dugc trong cd nhan tao véi gia 130 nghin ddng/m? va phan con lai duoc trong co
nhan tao véi gia 90 nghin dong/m?.

Hoi 6ng An phai tra bao nhiéu tién dé tréng co nhan tao cho san bong?

A. 165 tri¢u dong. B. 151 tri¢u dong. C. 195 tri¢u dong. D. 135 tri¢u dong.
Chudng ngai vat “tuong cong” trong mot san thi ddu X-Game 1a mot khdi bé tong c6 chidu cao
tor mat dat1én 1a 3,5m . Giao cua mat tudong cong va mat dat 1a doan thang 48 =2 m . Thiét dién
ctia khéi tudng cong cit boi mat phang vudng goc voi AB tai A4 1a mot hinh tam giac vudng
cong ACE v61 AC=4m, CE =3,5m va canh cong AE nam trén mdt duong parabol. Tai vi
tri M 1a trung diém cia AC thi twong cong c6 d6 cao 1m (xem hinh minh hoa bén). Tinh thé

tich bé tong can st dung dé tao nén khdi tudng cong do.

2m

A.9,75m’. B. 10,5m’. C.10m’. D. 10,25m’.

Cho ham s6 y=x"=3x>+m ¢6 d6 thi la (C,) (m latham sd thyc). Gia st (c,) cit truc Ox

tai 4 diém phan biét. Goi S,,S, 14 dién tich cta hai hinh phing ndm duéi truc Ox va S, 1a dién



Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

tich ciia hinh phang nam trén truc Ox duoc tao boi (Cm ) v6i truc Ox . Biét ring ton tai duy nhat

a . ax. 2 N
gia tri cua ng (voi a,beN*vaZtmglan)de S, +8,=S5,.Giatri cia 2a—b bang

¥

VARG

A. 3. B. 4. C.6. D. 2.
Trong mit phang toa 6 Oxy, diém biéu dién cta s6 phitc z=2-3i c6 toa do la
A. (2;—3). B. (—3;2). C. (2;3). D. (3;2).

Céac s thuc x, y théaman x+ yi=3-4i,v6i i ladonviaola
A. x=3,y=-4. B. x=-4,y=3. C.x=-3,y=—4. D. x=4,y=3.

Ho céc nguyén ham ctia ham sé f(x)=¢™ +1 la

A. 3 +C. B.%e3"+C. C. 3" +x+C. D. §e3x+x+C.
Cho jf(x)dx:F(x)+C’khi ” [ £ (2x+1)dx i
A. F(2x+1)+C. B. %F(2x+l)+C. C.2F(2x+1)+C. D. %F(x)+C.
Tim nguyén ham ciia ham s6 f (x)zﬁ.

1+3cosx
A. J‘f(x)dxzéln|l+3cosx|+C. B. If(x)dx:1n|l+3cosx|+C.

-1

C. If(x)dx:3ln|1+3cosx|+C. D. J.f(x)dxz?ln|l+3cosx|+C.

Ho nguyén ham ctia ham s6 f(x) = 4x(1 +1In x) la

A. 2x* Inx+3x>. B. 2x*Inx+x>. C.2x°Inx+3x°+C. D.2x*Inx+x>+C.

52 51
Bibt jx(l—zx)”dx:(l_zx) —(I_Zx) +C. Gid tri ciia a—b bang

a

A. 0. B. 4. C. 1. D. 4.
Cho ham sb f(x) c6 dao ham f’(x):m, Vxe(O;-i—oo)\{e} va f(e’z):ln6,
f(€’)=3.Gidtrictia f(e)+ () bing
A. 2In2. B. 3In2+1. C.In2+3 D. 3In2+3.

Trong khong gian Oxyz, cho hai diém A(-2;1;0), B(2;-1;2). Phuong trinh clia mét ciu co
duong kinh 4B 14



Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

A x4y 4 (z-1) =24 . B. x*+)* +(z-1)" =+/6.

C. x*+y* +(z-1) =24. D. x*+)* +(z-1) =6.

Trong khong gian Oxyz, cho diém A(1;—1;-1) va hai mit phing (P):2x—y+2z-1=0 va
(Q):2x—y+2z+5=0.C6 bao nhiéu mit cau (S) diqua 4 va tiép xtc véi hai mit phing (P)
. (0)?

A 2. B. 0. C. 1. D. V6 sb.

Trong khéng gian Oxyz cho hai diém 4(1;2;3), B(~1;0;1). Trong tim G ciia tam gidc OAB
cotoaddla

A. (0;1;1). B. (o;%;%j. C. (0;2;4). D. (-2,-2;-2).

Trong khong gian v6i hé toa dd Oxyz, cho ba vecto a = (2;-1;0); b= (1,2;3); c= (4;2;-1) va
cac ménh d¢ sau:

(1) aLb (2) b.é=5

(3) @ cung phuong voi . (4) [5|=+14

Trong bén ménh d¢ trén c6 bao nhiéu menh dé dung?

A. 2. B. 4. C. 3. D. 1.

Trong khong gian véi hé toa d§ Oxyz , cho hai diém A(Z;l; 1) B (—1; 2; 3) . Tim toa d6 diém M

b

sao cho AM =2BM .

A. M(%;%QJ. B. M (1;3;4). C. M (—4:3;5). D. M (5;0;-1).
Trong khong gian véi hé toa o Oxyz, hiy tinh goc gifra hai vecto a = (1;2;-2) va b= (-1,-1,0)

A. (a,b)=120°. B. (d,b)=45°. C. (a,b)=60°. D. (d,b)=135°.

T . . A oy ez s A(=32:1)
rong khong gian toa d6 Oxyz, cho hinh hop ABCD.A'B'C'D’". Biét toa dg céac dinh

, C(4;2;0), B'(—2;1;1), D'(3;5;4).TQa do diém A 1a

A. A'(-3;31). B. A'(-3;-3;3). C. A'(-3;-3;-3). D. A'(-3;3;3).
Trong khong gian toa o Oxyz, cho 3 diém A(1;2;-1), B(2;-1;3), C(-4;7;5). Goi diém

D(a;b;c) 1a chan duong phén gide ha tir dinh B xuéng canh AC . Tinh a+b+c.

A. 4. B.g. C. 3. D. 5.

3
Trong khong gian Oxyz, cho cac diem A4(1;2;-1), B(2;3;4) va C(3;5;-2). Tim toa d¢ tAm cua

duong tron ngoai tiép tam giac ABC .

A. 1 2;4;1 . B. I 3—7;—7;0 . C. I —2;15;2 . D. / 2;1;—i .
2 2 2 2 2



Cau 38:

Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Trong khong gian v6i hé toa 46 Oxyz, cho ba diém A(1;2;0), B(2;1;2), C(~1;3;1). Ban kinh

duong tron ngoai tiép tam giac ABC 1a

A, 3410 B.@. c. V1o D. JI0.

5
Trong khong gian Oxyz , cho A(2; 1;-1), B(3;0;1), C(2;-1;3) va D ndm trén tia Oy . Thé tich
tr dién ABCD bang 7. Toa do cua D 1a
A. D(0;-10;0). B. D(0;11;0).
C. D(0;-10;0) hodc D(0;11;0). D. D(0;-11;0) hoac D(0;10;0).

Trong khong gian vdi hé toa d§0 Oxyz, cho hai diém A(—2;3;1) va B(S; 6; 2). Duong thrfmg
L. 2 . a2 , , « AM
AB cat mat phang (Oxz) tai diém M . Tinh ti sO B

| AM 1 p AM _ AM 1 o, AM _

. =—. . =2. C. —= 3.
BM 2 BM

"BM 3 " BM
Trong khong gian Oxyz, cho cac diém A(O ; NG ; 0), B(O ;0 4\/5), diém Ce(Oxy) va
tam gidc OAC vudng tai C, hinh chiéu vudng goc cia O trén BC la diém H . Khi d6 diém H
ludén thudc duong tron co6 dinh c6 ban kinh bang

A 202, B. 4. C.\3. D. 2.

Trong khéng gian Oxyz, cho hinh thang can ABCD c¢6 cac day lan luot 14 4B, CD. Biét
A(3;1;-2), B(-1;3;2), C(=6;3;6) va D(a;b;c) v6i a;b;ceR.Tinh T=a+b+c.
A. T=-3. B. T=1. C.T=3. D.T=-1.

Trong khong gian Oxyz , mit phang (P): x+y—z+3=0, (P) di qua diém nao dudi day?

A. M(l;l;—l). B. N(—l;—l;l). C. P(l;l;l). D. Q(—l;l;l).

Trong khong gian voi hé toa 46 Oxyz , mit phang toa do (Oyz) cO phuong trinh la
A. x=0. B. y+z=0. C.y—z=0. D. y=0.

Trong khong gian Oxyz, cho hai diém A(3;1;—1),B(2;—1;4). Phuong trinh mit phang
(OAB) véi O 1a gbe toa d6 1a
A.3x+14y+5z=0. B.3x-14y+5z=0. C.3x+14y-5z=0. D. 3x-14y-5z=0.

Trong khong gian Oxyz , mit phiang (P) di qua diém A(1;0;2) va vudng goc v6i duong thang
FREI -1 _z+ 2
2 -1 3

A. 2x+y-3z+8=0. B.2x—y+3z-8=0. C. 2x—-y+3z+8=0. D. 2x+y—-3z-8=0.

c6 phuong trinh 1a

Trong khong gian véi hé truc toa dd Oxyz, cho hai mit phing a:x+y—z+1=0 va
(B):=2x+my+2z-2=0.Tim m dé (a) song song vé6i ().

A. Khong ton tai m B. m=-2. C.m=2. D. m=5.

Trong khong gian v6i hé toa dd Oxyz, cho ba diém A(1;0;0), B(0;-2;0), C(0;0;-5). Vecto

nao dudi ddy 1a mot vecto phap tuyén cuia mat phang (A4BC)?



Cau 49:

Cau 50:

A. 1, :(l;%;%) B. n, :(l;—%;—%j. C. n, =(l;—%;%) D. n, :(l;%;—%)

Trong khong gian Oxyz , mit phang ax+by+cz—18=0 cat ba truc toa dd tai 4,B,C sao cho
tam gidc ABC c6 trong tim G(-1;-3;2). Gid tri a+c bang

A. 3. B. 5. C. -5. D. -3.

Trong khong gian Oxyz, mit phang (P):ax+by+cz—27:0 qua hai diém A(3;2;1),
B(—3;5;2) va vudng goc v6i mit phang (Q):3x+y+z+4:0 .Tinh tong S=a+b+c.

A. S=2. B. s=-12. C.S=-4. D. s=-2.



HUONG DAN GIAI CHI TIET
1
Cau1: Tinh tich phan I = j (4x> =3)dx.
-1
A. [=-4. B. I =-6. C.1=6. D.I1=4.

Loi giai
Chon B

I= j[(4x3 ~3)dr = (x" - 3x)|,, =2-4=—6.
-1

Cau2: Néu If dx 4 thi j2f dx bang

A. 16. B. 4. C.2.
Loi giai

IS
oo

Chon D

jZf(x)dx:2jf(x)dx:2.4:8.

3 3 3
Cau3:  Cho [ f(x)dr=2; [g(t)dr=—-3.Gidtri cia A= [[3f(x)-2g(x)]dr bing
2 2 2
A.5. B. 1. C. 12. D. 0.
Loi gidi
Chon C

3

4 =i[3f(x)—2g(x)]dx=3if(x)dx—2j.g(x)dx=3.2—2.(—3)=12.

2
Cau4: Cho ham sb y:f(x) c6 dao ham lién tuc trén doan [ L 1] thoa man jf dx 5 va

f(-1)=4.Tim f(1).

A. f(1)=1. B. f(1)=-9. C. f(1)=-1. D. f(1)=9.
Loi giai

Chon D

jf Jdx=5 f(1)-f(-1)=5= f(1)=5+f(-1)=5+4=9.

2
Cau 5: Tinhtichphén:[=Ix—+1dx:a+bln2,a,beZ.Tinha—2b
X
A. 0. B. —1. C.2. D. 1.
Loi gidi
Chon B
I= jx“ = (x+1nx)|? =2+In2~(1+In1)=1+1In2.
Vay a=1,b=1=a-2b=-1.

2 2
Ciu 6: Xét I xe" dr, néu dit u = x* thi J. xe* dx bing

0



2 4 2 4
A. 2je“du. B. ZIe”du. C. lje”du D. lJ'e”du
20 20
Loi giai
Chon D
Bétu:xzzdu:Zxdxjxdx=%du
x=0=2u=0x=2=u=4
2 R 14
:>'fxe"dx=—'|.e”dx.
0 20
4 1 .
Cho If(x)dx:—l.Khi do I=J.f(4x)dx bang:
0 0
A.Izl. E.Iz_—l. C.I1=-2. D.]z_—l.
4 4 2
Loi giai
Chon B
1
Xét I = [ f(4x)dx
0
bat t=4x = dt =4dx .
x=0=t=0x=1=1t=4.
1 1¢ 1 -1
=1= 4x)dx =— t)dt=—.(-1)=—
J/(a)de=g [ F(0)de=g(-1)=
Gmsuj————L—dx aln5+bIn3; a,beQ. Tinh P=ab.
x +4x+3
A. P=-4. B. P=8. C. P=-6. D. P=-5.
Loi giai
Chon C
x—1 x—1 A

+ B <:>x—1=(A+B)x+3A+B
x° +4x+3 x+l x+3 x+1 x+3

{A+B_1 {

P

3A+B= B=2
:>jx s =(=In[x+1[+2Infx+3)|s ==In3+2In5—(~In1+2In3)
=-3In3+2In5.

Vay P=ab=(-3).2=-6.

5
Chohamsd y = f(x) c6 dao ham lién tuc trén doan [0;5] va f(5)=10, jxf’(x)dx =30. Tinh

0

jf<x>dx
A

.20 B. —20. C. 70. D. -30.
Loi giai



Chon A

Xét j.xf'(x)dx

_|u=x du = dx
bat {du:f'(x)dx:{v:f(x)
jxf'(x)dxzxf(x)|g —jf(x)dxz5f(5)—0—jf(x)dx=5.10—jf(x)dx=3o

= | f(x)dx=20.

S e 0

— / _ 2 T
Ciu 10 Choham b 7 (¥) g /(0)=0 3 /() =coseos 20V ER g [ 1 (1) dx bing
0

1042 B. 208 c 42 p. 14
225 225 - 225 225
Loi gidi
Chon C

Taco f If dx jcosxcos 2xdx = jcosx 1 2sin’ x) dx.

bat 1 =sinx = df =cos xdx.
:sf(x)=j(1—2t2)2dt = [(1-4¢ +4¢*)de =t—§t3+§t5+C:sinx—%sin3x+%sin5x+c.
Ma £(0)=0=C=0.
Do d6 f(x)=sinx—isin3x+isin5x:sinxﬁl—isin2x+isin4xj.
3 5 3 5
) 4 4 2
:smx[l—g(l—cos2 x)+§(1—coszx) }
n V4 4 )
Ta c6 dx = 1—— 1- —(1-cos® dx.
aco .([f(x) J‘smx{ cos x) 5( cos x) }

bat t =cosx = dr = —sin xdx
Poicin x=0=t=Lx=r=t=—-1.

., F o[ 4 4 (7 4, 4
Khi do, !f(x)dx:J{I—E(l—t2)+g(1_12)2}dz :J(E—Eﬂ +gt4jdt

1
(LAt
15 45 5

Cau 11: Dién tich hinh phang gi6i han boi hai duong thang x =0, x =, 6 thi ham s§ y = cosx va truc

_242
225

-1

Ox la
A. S =]cosx dr. B. S = [cos’x dx. C. S=T|cosx|dx. D. S=7rf|cosx|dx
0 0 0 0
Loi giai
Chon C

Ly thuyét.



Cau 12:

Cau 13:

Cau 14:

Cau 15:

Tinh thé tich khoi tron xoay dugc tao thanh khi quay hinh phang (H) duoc gi6i han béi céc

dudng y = f(x), truc Ox va hai dudng thang x=a, x=b xung quanh truc Ox.

A. ﬁjf(x)dx. B. ifz(x)dx. C. x[f*(x)dx . D. 2ﬂj.f2(x)dx.

Loi giai
Chon C

b
Cong thuc tinh thé tich khi tron xoay V = 7 J. S (x)dx.

Tinh dién tich hinh phing gi6i han boi cac duong y=x?, y=2x+3.

Al B 12 c.22 .2
3 6 -3 6
Loi gidi
Chon C

Phuong trinh hoanh d6 giao diém giita hai duong cong y =x?, y=2x+3 la:
¥ =2x+3 e x*-2x-3=0< x=-1 hodc x=3.
Do d6, dién tich hinh phang giéi han boi cac duong y=x*, y=2x+3 la:
3 2
S = [2x+3-x|dx.
-1
Vi —x*+2x+3>0Vxe [—1;3] nén ta co

3 _32

S=fl|2x+3—x2|dx = Jj(—xz +2x+3)dx = [—%3+x2 +3xj 1 3

Cho hinh phang (H ) gii han boi céc duong y = Jx =1, truc hoanh va dudng thing x = 4. Khéi

tron xoay tao thanh khi quay (H) quanh truc hoanh c6 thé tich ¥ bang bao nhiéu?

2
Av=_ B.v=" cv="" D.y='"
6 6 6 3
Loi gidi
Chogn C

Phuong trinh hoanh do giao diém +x -1=0 & x=1.

Thé tich khéi tron xoay tao thanh ¥ = n}(\/; 1) dx = ni(x— 2x +1)dx

1 1
x4
=T ———xJXx+Xx
2 3

Mot 6 to dang chay voi van tée 20 m/s thi ngudi lai xe phat hién ¢6 hang rao chin ngang duong

4

1

& phia trudc cach xe 45 m (tinh tir dau xe toi hang rao) nén ngudi lai dap phanh. T thoi diém
d6, xe chuyén dong cham dan déu véi van tbe v(t)=-5¢t+20 (m/s), trong do ¢ 1a thoi gian
dugc tinh tir lac nguoi l4i dap phanh. Khi xe ding han, khoang cach tir xe dén hang rao 1a bao
nhiéu?
A.4m. B.5m. C.3m. D. 6 m.

Loi giai
Chon B



Cau 16:

Cau 17:

* Xe dung lai khi v(t)=0<:>—51+20=0c>t:4 (s)
* Quéng duong xe di dugc ké tir lic dap phanh dén khi dimg lai 1a:

jv (=5t+20)d (ZOt—%j

* Khi xe dimng han, khoang céach tir xe dén hang rao 1a: 45-40=5m.

=40 m

o'—..l;

0

Hinh phang gi6i han boi d6 thi ham sé y = f (x) va truc hoanh gém hai phan, phan ndm phia

trén truc hoanh c6 dién tich S, = % va ph'?ln nam phia dudi truc hoanh ¢6 dién tich S, = g . Tinh

lzj-f(3x—1)dx.

}!
h /
1 0 1 2 X
5
5
A [=—. B.I:—E. C.I:—3—7. D.I:—l.
3 36 4
Loi giai
Chon B

Vi zzjf(3x—1)dx.

bat t=3x—1=dr=3dx.

lx=0=1t=-1
Khi .
x=1=¢r=2

Taduqc[z%if(t)dtz%j dx——[jf dx+jf j

Trén doan [-1;0]: f(x) >0 nén If(x)dx:%
Trén doan [0;2]: f(x)<0 nén j.f(x)dx:—g.

) 1( ¢ 1(5 8 3
Vay:]zg('[f( dx+If J 3(E_§j 7

. s o1
Cho (H ) 1a hinh phang gidi han boi 2 cung tron cd ban kinh R =2, dudng cong y =+/4—x

va tryc hoanh (mién t6 d4m nhu hinh v&). Tinh thé tich V' cuia khéi tao thanh khi cho hinh (H)
quay quanh truc Ox .



Cau 18:

Loi giai

Chgon D
Phuong trinh hoanh d¢ giao diém ciia d6 thi ham s6 y =+/4—x vatruc Ox la:
Vd-x =0 x=4.
Khéi tao thanh gdm 2 phan:
) 1 s
» Phan 1: 2 duong tron khi quay quanh Ox = tao thanh ntra khoi cau ban kinh R =2.

2y 167

: : 4
Thé tich phan 1: V; = .gﬂRS :Eyz.f =

N | =

> Phén 2: Khi quay hinh phing gi¢i han béi cac dudng y=v4—x;y=0;x=0;x =4.
4

Thé tich phén 2: ¥, = [ (4—x)dx =87 .
0

: . 40
Thé tich vat thé tao thanh: ¥ =V, +V, = T”
Ong An xay dung mot sin bong d4 mini hinh chit nhét ¢ chiéu rong 30m va chidu dai 50m. Dé
giam bat kinh phi cho viéc trong c¢6 nhan tao, 6ng An chia sdn bong ra lam hai phan (t6 mau va
khong t6 mau) nhu hinh vé.

10
4—”&» | B

15m

-

50m

- Phan t6 mau gom hai mién dién tich bang nhau va duong cong AIB 1a mét parabol c6 dinh 1.

- Phén t6 mau dugc trong cd nhan tao véi gia 130 nghin ddng/m? va phan con lai duoc trong co
nhan tao voi gia 90 nghin dong/m?.
Hoi 6ng An phai tra bao nhiéu tién dé trong co nhan tao cho san bong?
A. 165 tridu dong. B. 151 triéu dong.  C. 195 triéu déng.  D. 135 triéu dong.
Loi gidi
Chon B
Chon hé truc toa 30 Oxy nhu hinh vé, O=1.



Cau 19:

&\r

Khi d6, dudng cong AIB 1a hinh phang gi6i han boi cic duong parabol y = %xz va duong
thang y=10.

Phuong trinh hoanh d6 giao diém %xz =10 x==15.

15
Dién tich phén t0 mau 1a: §, =2
-15

ixz—lo‘dx=4oo (mz).
45

Mit khac dién tich san bong d4 mini hinh chit nhat 1a S =30.50 =1500 (m”).

Phén khong t6 mau c6 dién tich 1a: S, =S5 -5, =1100 (m).

S6 tién dé trong c6 nhan tao cho san bong:

S,.130000 +5,.90000 = 400.130000 +1100.90000 = 151000000 .

Chudng ngai vat “tuong cong” trong mot san thi ddu X-Game 1a mot khdi bé tong c6 chidu cao
tir mat dat 1én 1a 3,5m . Giao clia mit tuong cong va mat dat 1a doan thing 4B = 2m . Thiét dién
ctia khdi tuong cong cit boi mat phiang vudng goc véi AB tai 4 1a mot hinh tam gidc vudng
cong ACE véi AC=4m, CE=3,5m va canh cong AE nam trén mot duong parabol. Tai vi
tri M 1a trung diém cia 4C thi tuong cong c¢6 d6 cao 1m (xem hinh minh hoa bén). Tinh thé

tich bé tong can st dung dé tao nén khdi tudng cong do.

A.9,75m’. B. 10,5m". C. 10m’. D. 10,25m".

Chon C




Cau 20:

Cau 21:

Chon h¢ truc Oxy nhu hinh v€ sao cho 4=0

A

= canh cong AE nam trén parabol (P) Y= ax’ +bx di qua cac diém (2;1) va [@%] nen

3, 1
P)y=— —
(P):y 16x +8x

4
Khi dé dién tich tam gidc cong ACE c6 dién tich S = J.(li x’ +%xjdx =5m’.
0
Vay thé tich khéi bé tong can sirdungla V' =5.2=10m".

Cho ham s6 y =x"—-3x*+m c6 dd thila (C,) (m 1a tham sé thuc). Gia st (C,,) cét truc Ox

tai 4 diém phan biét. Goi S,,S, 1a dién tich cta hai hinh phang nam dudi truc Ox va S, la dién

tich cua hinh phéng nam trén truc Ox dugce tao boi (Cm ) vé6i truc Ox . Biét réng ton tai duy nhat

a . L a oz ., 2 N
gia tri clia m:g (v6i a,be N* va 3 toi gian) dé S, + S, =S, . Gid tri cua 2a—b bang

¥

A. 3. B. 4. C.6. D. -2.

Chon C
Goi 4 nghiém cua y=x"=3x"+m=0 lan luot 1a —\/Z,—\/Z,\/Z,\/Z voi 0<¢, <t,.

N3 5
bé S, +8,=35; thi I (x4—3x2+m x=0<:>[x?—x3+mx]

()

5

_<\/Z)3+m\/Z:O<:>\/Z£%—t2+mJ:O (dot,#0)

12
<:>2?—t2+m:0 (1)

Vi \/E la nghiém cua x* -3x+m=0 =¢t>-3t,+m=0 (2)

2
Tu (1) va (2) suy ra: %—tz ~t,>+3t,=0

4 4
<:>?t22+22‘2 =0<:>z2.(?z2+2j:0:>t2 =§ (dot,#0).

5 25 15 5
Thay t, =— vao 2)tadugc ———+m=0=>m=—.

2 4 2 4
Dodd a=5b=4=2a-b=6.

Trong mat phéng toa dd Oxy, diém biéu dién cua sb phuc z=2-3i cotoaddla



A. (2;-3). B. (-3;2). C. (2:3). D. (3;2).
Loi giai

Chon A

Piém biéu dién ctia s6 phitc z=2-3i ¢6 toado la (2;-3).

Céau 22: Cac sb thuc x, y thoaman x+ yi=3—-4i, v6i i 1a don viaola

A x=3y=-4. B. x=-4,y=3. C.x=-3,y=—-4. D. x=4,y=3.
Loi giai

Chon A

x=3
x+yi:3—4i<:>{ .
y=-4

Céu 23: Ho cac nguyén ham ctia ham s f(x)=¢" +1 1a
1 1
A. 3" +C. B. §e3"+C. C.3e" +x+C. D. ge”+x+c.

Loi giai
Chon D

J‘f(x)dx:_“(e3x+x)dx=§e3x+x+C.

Cau 24: Cho J.f(x)dsz(x)—i_C’khl do J-f(zx+1)d‘x 1a
A. F(2x+1)+C. 5.%F(2x+1)+c. C. 2F(2x+1)+C. D.%F(x)+c,

Loi giai
Chon B

jf(2x+1)dx=jf(2x+1)%.d(2x+1)=%jf(2x+1)d(2x+1)=%F(2x+1)+c.

Céu 25: Tim nguyén ham ctia ham s f(x)=5ii.
1+3cosx
A. If(x)dx:%1n|1+3cosx|+C. B. If(x)dx=1n|1+3cosx|+C.
C. If(x)dx=3ln|1+3cosx|+C. D. J‘f(x)dxz_?lln|l+3cosx|+C.
Loi giai
Chon D
Ta co: j‘& :—l_[;d(l+3cosx)=—lln|1+3cosx+C.
1+3cosx 3714+3cosx 3

Chu 26: Ho nguyén ham cia ham s6 f(x)=4x(1+Inx) 1a
A. 2x* Inx+3x7. B. 2x* Inx+x>. C.2x°Inx+3x*+C. D.2x*Inx+x’+C.
Loi giai
Chon D

= X
dv =4xdx )

. {u=1+lnx duzldx
bat
v=2Xx



Cau 27:

Cau 28:

Cau 29:

x)dx=2x"(1+Inx)— | 2xdx=2x"(1+Inx)—x"+C=2x"Inx+x" +C.
[r(x) *( )-]| *( )—x’ ’ ’

(1-2x)"  (1-2x)"
a

A. 0. B. 4. C. 1. D. —4.

Loi giai

+C . Giatri cia a—b bang

Biét [x(1-2x)" dr=

Chon D
L. 50 _1 50 _]. 50 1 51
Taco: [x(1-2x) dx_Ej[l—(l—zx)](l—zx) dx—EI(l—2x) dv = [(1-2x)" dx

11 11 (1-2x)™ (l—2x)51+c

———(1-2x)" —=. +C=

2251 27252 452 451
Vay a—b=4.52-4.51=4.

1

Cho ham sé f(x) c6 dao ham f’(x)= , Vxe(0;+0)\{e} va f(e’2)=ln6,

x(Inx—1)
f(e2)=3. Gia tri cua f(e‘1)+f(e3) bang
A. 2In2. B. 3In2+1. C.In2+3 D. 3In2+3.
Loi giai

Chon D

Ta co: f'(x)ZMZf(x):Imx

it £ =Inx = df = dx |
X

Khi do: f I— 1n|t l|+C ln|lnx l|+C

In(Inx—1)+C, khilnx-1>0 [In(lnx-1)+C, khi x>e
“|In(1-lnx)+C, khilnx-1<0 |In(1-Inx)+C, khi x<e
f(e?)=ln6=C,=m2; f(e’)=3=C =3

Suy ra: f(x)= {

Vay: f(e)+f(€')=2mn2+(In2+3)=3n2+3.
Cach khac:

In(Inx—1)+3  khi x>e
ln(l lnx)+1n2 khi x<e

e jf _1n6+jTl)
Ta co: R
f(e3)=f(e2)+[f( x)dr = 3+jm

e

x—l)
Trong khong gian Oxyz, cho hai diém A(-2;1;0), B(2;-1;2). Phuong trinh cua mét cau ¢o
duong kinh 4B 1la

Suy ra: f(e")+f(e3):ln6+3+ef x(1n1x—1)dx+]x(1nl dr=3In2+3.



Cau 30:

Cau 31:

A. x2+y2+(z—1)2:\/ﬂ. B. x2+y2+(z—1)2:\/g.
C. x*+y +(z—1) =24 D. x*+y?+(z-1)" =6.
Loi gidi
Chon D
x1=xA+xB _0

2
Goi / 1a trung diém ciia AB khi d6 { y, =L2y3=0:>1(0;0;1).

_ZatZp

2

=1

Z;

14=(0+2)" +(0-1)’ +(1-0)’ =6 .

Mit cau dudng kinh 4B nhan diém 7(0;0;1)1am tam va ban kinh R = I4 =~/6 c6 phuong trinh
la: x*+ 3> +(z—1) =6,

Trong khong gian Oxyz, cho diém A(L;—1;—1) va hai mit phang (P):2x-y+2z-1=0 va
(Q):2x—y+2z+5=0.C6 bao nhiéu mit cau () diqua 4 va tiép xtic v6i hai mit phang (P)

. (0)?

A 2. B. 0. C. 1. D. Vb sb.
Loi gii

Chon C

Goi I(x;y;z) l]a tAm cua mat cau (S) Ta co (S) tiép xuc voéi (P) va (Q) nén

d(1,(P))=d(I,(Q))=R < |2x‘y;22‘1| _ |2x—y;r2z+5|
{2x—y+2z—1=2x—y+22+5

&2x-y+2z+2=0. Khi d6 ban kinh mit cau
2x—y+2z-1=-2x+y—-2z-5

R=|2x—y+2z—l| _1

Mit cau R=14=1 do d6 I thudc mit ciu (T) tam A4 ban kinh R, =1.

Ta co d(A,(a)) =1=R,. Do do (T) va (a) c6 dung mét diém chung, tic 1a c6 duy nhat mot
diém chung / :chéa man. ‘

Vay c6 duy nhat mgt mat cau thoa man.

Trong khong gian Oxyz cho hai diém A(l; 2;3), B(—l; O;l). Trong tam G cua tam giac OAB
cOtoaddla

A. (0;1;1). B. (o;z;f) C. (0;2;4). D. (-2;-2;-2).

Loi gidi
Chon B



_1-1+0

Xg 3 0

Toa d6 trong tam tam giac la |y, = 2+0+0 :£:> G(O;%;gj

3 3
3+1+0 4
T3 3

Cau 32: Trong khong gian véi hé toa do Oxyz, cho ba vecto a=(2;-1;0); b=(1;2;3); c =(4;2;-1) va
cic ménh dé sau:
(1) aLb (2) b.é=5
(3) @ cung phuong v6i ¢ . (4) |l;|=\/ﬁ
Trong bén ménh d¢ trén c6 bao nhiéu ménh dé ding?
A. 2. B. 4. C.3. D. 1.
Loi giai
Chon C
Tacd d.b=2-2+0=0 =a L b nén (1) ding.
b.c=4+4-3=5 nén (2) dung.

\S]
p—

—

= #—— = a khong cung phuong v6i ¢ = (3) sai.

N

2
B =V1* +27+3* =14 = (4) dung.

Cau 33: Trong khong gian véi hé toa d§ Oxyz, cho hai diém A(Z;l; 1) B(—l; 2; 3) . Tim toa d6 diém M

b

sao cho AM =2BM .

A. M(%;%;zj. B. M(1;3;4). C. M(-4:35). D. M (5;0;-1).
Loi giai
Chon C

Giasir M (a;b;c). Tacd AM =(a-2;b-1;¢-1);2BM =2(a+1;6-2;¢-3).
a—2=2(a+1) a=—4

AM =2BM <b-1=2(b-2) <1b=3 = M (-43;5).
c—1=2(c-3) [¢=5

Céu 34: Trong khong gian véi hé toa d Oxyz, hdy tinh goc gifta hai vecto d = (1;2;-2) va b =(~1~1;0)

A. (5,5)=120°. B. (5,5)=45°. C. (5,5)=60°. D. (a,”)=135°.
Loi giai

Chon D

Goi «a la goc gitra hai vecto a va b.Taco

cosa = LED+2(-1)+(=2)0 =_—1:>a=—135°.

Jra2 s (2) 1y (1) v0r V2



Cau 35:

Cau 36:

Trong khong gian toa d Oxyz, cho hinh hop ABCD.A'B'C'D'’ . Biét toa d6 cac dinh A(—3;2; 1)
, C(4;2;O), B'(—2;1;1), D'(3;5;4) . Toa dd diém A’ 1a
A. A'(-3;31). B. 4'(-3;-3;3). C. A'(-3;-3;-3). D. 4'(-3;3;3).

Loi giai

Chon D

Trung diém cua AC 1a 0(%;2;%).

Trung diém cua B'D' la O'(%ﬁ;%).

Do ABCD.A'B'C'D' 1 hinh hop nén A4’ = 00’
x,+3=0 X, =-3
iy, —2=1e4y, =3 o 4(-333).

z,—1=2 z,=3

Trong khoéng gian toa d0 Oxyz, cho 3 diém A(I;Z;—l), B(Z;—l;3), C(—4;7;5). Goi diém

D(a;b;c) 1a chan duong phan giac ha tir dinh B xubng canh AC . Tinh a+b+c.
A 4. B. 2_32 C.3. D. 5.

Loi giai
Chon A
Ta co: AB=+/26; BC=226.
Theo tinh chat dudng phan giac ta co: B4 _ DA = D4 _1
BC DC DC 2

2 l—a):a+4
. . _— 1— 1=
Do D nam gitta 2 diém A4 va C nén DA:—EDC=ECDC> 2(2-b)=b-17.
2(-1-c)=c-5

= b:% =a+b+c=4,

c=1




Cau 37:

Cau 38:

Cau 39:

Cau 40:

Trong khong gian Oxyz, cho cac diém A(l; 2;—1), B(2;3;4) va C(3;5; —2) . Tim toa do tim

ctia duong tron ngoai tiép tam giac ABC .

A. 1 2;4;1 ) B. 3—7;—7;0 . C. 1 —2;15;2 ) D. / 2;1;—z )
- 2 2 2 22

Loi giai
Chon A
AB = (L15)

— AB.AC =0 nén tam gidc ABC vuong tai A khi d6 trung diém
AC = (2; 3; —1)

Nhén thiy {

5 .
I (E, 4, lj la tAm dudng tron ngoai ti€p tam giac vuéng ABC .

Trong khong gian vdi hé toa do Oxyz , cho ba diém 4 (1; 2; O) , B (2; I 2) , C(—1;3;1) . Ban kinh

duong tron ngoai tiép tam giac ABC 1a

A. 310 5.@. C.@. D. 10,
Loi giai
Chon B

Tacé AB=(L-12), 4C=(-211), BC=(-3;2%-1).
Suyra AB=AC=6: c—vig.
V35

Suy ra S, ¢ :%‘[E,E}‘ :T.

Goi R 14 ban kinh duong tron ngoai tiép tam gidc ABC, ta c6

AB.AC.BC 66414 3410

B G053

2

R=

Trong khéng gian Oxyz, cho A(Z; 1;—1), B(3;0;1), C(Z;—1;3) va D nam trén tia Oy . Thé
tich tir dién ABCD bang 7. Toa do ciia D 1a

A. D(0;-10;0). B. D(0;11;0).

C. D(0;-10;0) hogc D(0;11;0). D. D(0;-11;0) hoge D(0;10;0).
Loi gidi

Chon B

Vi De 0oy nén D(0;;0). Khi d6. Thé tich cta tit dién ABCD la

v =< [[4B.4C].4D| = clav-2].

) =-10
Theo dé ra ta co %|4y—2| =7 {y " vi D thudc tia Oy nén y>0= D(O;ll;()).
Trong khong gian véi hé toa dd Oxyz, cho hai diém A(—2;3;1) va B(5; 6; 2). Puong thiang

AB cit mit phang (Oxz) tai diém M . Tinh ti s6 AM
BM




Cau 41:

A AM 1 B. AM _, c. AM _1 p. AM _;
B 2 BM BM 3 BM
Loi gidi
Chon A

M e(Oxz) = M(x0;z) ; E:(7;3;1):>AB:\/§ : m:(x+2;—3;z—1).
x+2="Tk x=-9

A, B, M thinghang < 4M = k4B, (keR') & 1-3=3k & -1=k =M (-90,0).
z—1=k z=0

BM =(~14,-6;-2)=2(~7;=3;-1); AM =(~7;=3;—1) = BM =24B.

Trong khong gian Oxyz , cho cac diém A(o 42 0), B(O ;0 ; 4\/5), diém Ce(Oxy) va
tam giac OAC vudng tai C, hinh chiéu vudng goc cia O trén BC la diém H . Khi d6 diém
H 1ludn thude duong tron ¢b dinh c6 ban kinh bang
A. 247, B. 4. c. 3. D. 2.

Loi giai
Chon D

Ry

+) D& thly Be Oz . Taco A€ (0xy)va Ce (0xy) suyra OB L OAC

AC 1L OC
+) Ta co
AC 1 OB

= AC L (OBC), ma OH < (OBC). Suyra AC LOH (1).

Mit khac ta c6 OH L BC (2), (theo gia thiét).

Tir (1) va (2) suyra OH L(ABC) = OH L AB va OH L HA.

+) Voi OH 1L AB suy ra H thudc mit phing (P) véi (P) 12 mat phang di qua O va vudng
goc v6i duong thang AB . Phuong trinh cta (P) la: y—z=0.

+) Vi OH L HA = AOHA vudng tai H . Do d6 H thudc mit ciu (S) co tam 1(0;2\/5;0)
1a trung diém ctia OA va ban kinh R = % =22.

+) Do d6 diém H ludn thudc duong tron (T ) ¢b dinh 1 giao tuyén ctia mit phang (P ) v&i mat
cau (S ) :

+) Gia s (T) 6 taim K vabankinh - thi IK =d(1,(P))=2 va r=JR* -IK* =2,



Cau 42:

Cau 43:

Cau 44:

Cau 45:

Vay diém H ludn thudc dudng tron ¢ dinh c6 ban kinh bang 2.
Trong khong gian Oxyz, cho hinh thang can ABCD c6 cac day lan luot 1a 4B, CD. Biét
A(3;1;-2), B(-1;3;2), C(-6:3;6) va D(a;b;c) véia;b;ceR.Tinh T=a+b+c.
A. T=-3. B. T=1. C.T=3. D. T=-1.

Loi giai
Chon A
Ta co E:(—4;2;4);@=(a+6;b—3;c—6)

Do ABCD la hinh thang can nén CD = k AB (k eR) hay

b="2 —a
={ 2 .Vay D[a;T;—a).

c=-a
2
Laic6 AC = BD < AC? = BD? c>(—9)2+22 +8 :(a+1)2+(%+3j +(a+2)2

@a2+4a—60=0®[a:6
a=-10
Véi a=-10=D(-10;5;10). Kiém tra thdy: 48 =CD (Khong théa man ABCD la hinh
thang can).
Véia=6=> D(6;—3;—6) . Kiém tra thay: (—3).@ =CD ( thda man).
Dodo, T=a+b+c=6-3-6=-3.
Trong khong gian Oxyz , mit phang (P): x+ y—z+3=0, (P) di qua diém nao dudi day?
A. M (1;1;-1). B. N(-L-11). C. P(LL1). D. O(-LL1).
Loi giai
Chon B
Loai A, C, D vi thay toa d¢ diém M (L1;—1), P(LL1), O(-LL1) vao pt mit phing (P) ta
thiy khong thoa man.
Thay toa d6 diém N(—l;—l;l) vao phuong trinh mat phang (P) ta thdy: —1—-1-1+3=0 thoa

mén. Tc 1a mat phang (P) di qua diém N(—l;—l;l) .

Trong khong gian véi hé toa dd Oxyz , mit phang toa do (Oyz) c6 phuong trinh la
A. x=0. B. y+z=0. C. y-z=0. D. y=0.
Loi gidi
Chon A
Ta c6 mat phing(Oyz)qua 0(0;0;0) co véc to phap tuyén i=(1;0;0) nén phuong trinh 1a
x=0.
Trong khéng gian Oxyz, cho hai diém A(3;1;— 1),3(2;— 1;4). Phuong trinh mit phang

(OAB) v6i O 1a gbe toa do 1a
A.3x+14y+5z=0. B.3x—14y+5z=0.C. 3x+14y—-5z=0.D. 3x—14y—-5z=0.
Loi giai



Cau 46:

Cau 47:

Cau 48:

Chon D

Taco:04=(3;1;-1),08B =(2;—1;4):>[52,51§}:(3; ~14;-5) 1a VTPT cia(04B)
Mit phing (OAB)C(') VTPT 1:%1(3 ;—14; —S)Vé di qua 0(0; 0; 0) nén c6 phuong trinh:
3x—-14y—-5z=0.

Trong khong gian Oxyz , mat phang (P) di qua diém A4(1;0;2) va vudng goc voi duong thing

a’:gzy—_llzﬁ2 c6 phuong trinh 1a

A. 2x+y-3z+8=0. B.2x-y+3z-8=0. C.2x—y+3z+8=0. D.2x+y-3z-8=0.
Loi gidi

Chon B

Vécto i = (2;—1;3) 1a mot vécto chi phuong cta duong thing d , vi (P) Ld nén (P) nhan
ii = (2;—1;3)1am mot vécto phap tuyén. Vay phuong trinh mit phang (P) la
2(x—1)—(y—-0)+3(z=2)=0<2x—y+32—-8=0.
Trong khong gian voi hé truc toa d0 Oxyz, cho hai mat phing «:x+ y—z+1=0 va
(ﬂ):—2x+my+22—2 =0. Tim M dé (a) song song vGi (ﬁ)
A.Khongtontai m = B.m=-2. C.m=2. D. m=5.

Loi giai
Chon A
Mit phing (@) ¢6 VTPT la 7, = (1;1;-1) va 4(0;0;1) e(a)
Mit phang (8) co VTPT 1a i, =(-2;m;2).

-2 m 2 2
bé (a)//(ﬂ) thi 7, , 7, cing phuong va A&E(ﬁ) <41 1 -1 1 < khongtontai m
-2#0

Vay khong ton tai m dé (a)//(ﬂ).

Trong khong gian v6i hé toa 3 Oxyz , cho ba diém A(I;O;O), B(O; -2; 0), C(O; 0; —5). Vecto

nao dudi ddy 1a mot vecto phap tuyén cta mit phang (AB C ) ?

- 11 - 1 1 - 11 . 1 1
A.n=|1—=;=1. B.n,=|L——;—|. C.n=|L-=;—]. D.n, = L——=1.
25 2 5 25 25

Chon B

AB =(-1;-2;0 N
Ta c6 = [ 4B;4C = (10;-5;-2)
AC =(-1;0;-5)

z

=1
-5

Céch 2: Theo cong thirc phuong trinh doan chin ta c6 phuong trinh (ABC): % +2 4



Cau 49:

Cau 50:

. - I 1
Suy ra vecto phap tuyén cua (ABC) lan= (1;——;——).

Trong khong gian Oxyz , mat phéng ax+by+cz—18=0 cit ba truc toa do tai 4,B,C sao cho
tam giac ABC ¢0 trong tAm G(—l;—3;2). Gia tri a+ ¢ bang
A. 3. B. 5. C.-5. D. -3.

Loi giai
Chon D
Gia stt mt phang (P): ax+by+cz—18=0 cit 3 truc toa d6 Ox,0y,0z lan luot tai 4,B,C.
Do A€Ox= A(x,;0;0); BeOy= B(0;,;0); Ce0z=C(0;0;z.).

Vi G(—l;—3;2) la trong tdm tam giac 4ABC nén:

x,+0+0_ _,

3 x,=-3
0”3—“0:—3@ ¥y =-9=> A4(-3:0;0),B(0:-9:0),C(0;0:6).
O+03+zc 5 Zc =6

Do A,B,CE(P) nénmp(P) céphuongtrinh:%+l9+%=1<:>—6x—2y+3z—18=0-
Suyra: a=-6;c=3.Vay a+c=-3.

Trong khong gian Oxyz, mit phang (P):ax+by+cz—27:0 qua hai diém A(3;2;1),
B(—3;5;2) va vudng goc v6i mit phang (Q):3x+y+z+4=0. Tinhtong S=a+b+c.
A §=2. B. S=-12. C.S=+4. D. §=-2.
Loi giai
Chon B
Do (P) diqua A nén 3a+2b+c-27=0 (1)
Do (P) diqua B nén -3a+5b+2c-27=0 (2)

Do (P)J_(Q) nén 3a+b+c=0 (3)

3a+2b+c=27 a=6
T (1), (2), (3) ta ¢6 hé phuong trinh {—3a+5b+2c =27 < b=27 .
3a+b+c=0 c=-45

Khiddb S=a+b+c=6+27-45=-12.
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	Câu 9: Cho hàm số  có đạo hàm liên tục trên đoạn  và , . Tính .
	Câu 10: Cho hàm số  liên tục trên  và thỏa mãn  và . Tính tích phân .
	Câu 1: Cho hàm số  liên tục trên khoảng  và . Mệnh đề nào sau đây sai?
	Câu 2: Giả sử  và . Khi đó,  bằng:
	Câu 3: Cho hàm số có đạo hàm trên đoạn ,, . Tính ?
	Câu 4: Biết  là hàm số liên tục trên  và . Khi đó tính .
	Câu 5: Cho tích phân . Nếu đặt  thì
	Câu 6: Cho tích phân  với  Giá trị  bằng
	Câu 7: Cho hàm số  liên tục trên . Biết , hãy tính
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