CHU PE 11: TiCH PHAN PAC BIET VA NANG CAO
1) Mt s6 dang tich phan dic biét

@ Ménh dé 1: Néu f{x) 13 ham s6 chin va lién tuc trén doan [~a;a]thi j f(x)dx =2 j f(x)dx
—-a 0

= Ménh dé 2: Néu f{x) 1a ham s 1¢ va lién tuc trén doan [—a;a]thi j f(x)dx =0

w Ménh dé 3: Néu f{x) 1a ham sb chin va lién tyc trén doan [—a;a] thi '[ fEX)l dx = If(x)dx
m- + 0

—a

T

2
w Ménh dé 4: Néu f{x) 1a ham s6 lién tyc trén [0;1]thi | f(sinx)dx = j f(cosx)dx
0

ct— |3

Dé chimg minh hoic tinh toan céc tich phan dic biét trén, thong thudng ta st dung cac phwong phap doi
bién nhu sau:
> Véi 1= j f(x)dx ta c6 thé lya chon viée dit x = —t

—a

g

2

> Véi 1= [f(x)dx ta o6 thé lya chon vige dat t = g— X
0

» Voi 1= If(x)dx ta c6 thé lua chon viéc dit t =m—x
0

2n
» Voi 1= I f(x)dx ta co thé lya chon viéc dit t=2rn—x
0

-1 1
Vi dy 1: Cho f{x) 1a ham s6 I¢ lién tuc trén doan [~1;1]va j f(x)dx =10. Tinh 1= j f(x)dx
0 0

A. I=-5 B. /=5 C.I=-10 D. 7=10

Loi gidi

1 0 1
Do f{x) 1a ham s 1é nén j f(x)dx = j f(x)dx + j f(x)dx =0
1 -1 0

= j-f(x)dx = —j. f(x)dx = ff(x)dx =10 Chon D.

0 3
Vi dy 2: Cho f{x) 1a ham s6 chin va lién tuc trén doan [-3;3]va j f(x)dx =2. Tinh 1= j f(x)dx
-3 -3

A. =2 B. /=4 C.I1=-2 D.I=-4

Loi gidi




3 0 3
Do f{x) 14 ham 6 chin nén 1= j f(x)dx = 2] f(x)dx =2 j f(x)dx =2.2=4. Chon D.
-3 -3 0

> 2
Vi du 3: Gia sir tich phan 1= j%dquubme,trongdé a,b,ce Q. Tinh S=8a+4b+c
n +

2

A2 B 2 c. 8 p. 2
3 3 3 3
Loi giai

VA

= t==

Pit ¢ = —x = dt = —dx va dbi can 2 2

T T

X=—=t=——

2 2

T

- = 3 dx
1+3™ 3 +1

Ll
3 2

2 2 _ % 2 % 2
Khi dé [:_I( )" +cos( t)dt=_[t +COStdt—jx + cosx
: 3

2

% 1{x° % i 1
=21 = [ (¢ +cosx)dr = [ =—| ——+sinx | ="—+1=a=--b=0;c=1
2 3 24

i
2 2

Do do Sz%.Chan.

Vi du 4: Gia st tich phan 1=j;‘m—xfx=an2+bn+c,trongdé a,b,ceQ.Tinh S=a+b—c
0 +COS™ X

A.S=l B.S:_—1 C.1=l 1).1:‘—1
2 2

4 4

Loi giai
Y

Dit t= 1 X:>I_'T|5xsinxdx J-Tt t)sin(m — t)
' o l+cos’x % l+cos (n—t)

(TC t)smt (m—x)sinx dx
) I I

1+cos’t 14 cos® x

Khi dé 21 = n]z sin xdx _ njf —d(cos x) _ —n:[l du

o 1+cos’x 9 1+cos’x

o
4

- T

2 v=tanu >_njdu:_
1 1+u E
4

2

Do d6 I:%:a:l;b:c:OSS:%.ChgnC.

2) Mt s6 dang tich phan van dung cao

= Dang 1. Bai toan tich phén lién quan dén cac biéu thirc sau:

(D). u(x).f'(x)+u'x).f(x) =h(x)




u'(x).f (%) —u(x).f(x)

). =h(x)
S(x)
Phuong phap giai:
Ap dung céc cong thirc: (uv)'=u'v+v'uva (ZJ =4 v—2v “
v v

(1). Bién doi: u(x).f'(x)+u'(x).f(x) = h(x) < [u(x).f(¥)]' = h(x) = u(x).f(x) = j h(x)dx

(2). Bién déi: -/ (;)zgx”;(x)'f(x) =h(x) & [%} = h(x) = ”(x) = [ h(x)dx

. Dang 2. Bai toan tich phan lién quan dén cac biéu thirc sau:
(D). ')+ f(x)=h(x)

2). f'(x)—1f(x) = h(x)

Phuong phap giai:

(1). Bién ddi: f'(x)+ f(x) = h(x) = e .f'(x)+¢".f(x) = " .h(x)

& [e".f(x)] =e h(x)=e . f(x)= J.e".h(x)dx
(2). Bién ddi: f'(x)- f(x)=h(x)=e ™" .f'(x)—e*.f(x)=e " .h(x)

& [e"‘ .f(x)]’ =e h(x)e . f(x)= J.e_" J(x)dx
w» Dang 3. Bai toan tong quat: 1 '(x)+ p(x).f(x) = h(x)
Phwong phap giai:

[poar Jroa

Nhan 2 vé véi " ta duoc "™ 1)+ el " p(x) f(x) = " h(x)
[ Jro o )} = h(el " = 7 p ()= | h() e dx

Téng quit: e”"* £ (x) = [ n(xyel " ax

Vi dy 1: Cho ham s6 f{x) c6 dao ham lién tuc trén doan [0;2]théa man f(0)=3 va

(2x +3)f '(x) + 2 f(x) = 4x —3x”. Tinh f(2) bang

A f@)=1 B. /()= C /= D. /)=

Loi gidi
Ta co: (2x+3)f (%) +2f(x) = 4x —3x” & [(2x + 3 (x)] = 4x—3x?
Lay nguyén ham 2 vé ta dugc: (2x +3)f(x) = I(4x -3x7)dx =2x" -x’ +C

Do f(0)=3=3f(0)=C=C=9




Thay x:2:7f(2):8—8+9:f(2):%. Chon B.

Vi du 2: Cho ham sb f{x) c6 dao ham lién tuc trén doan [1;3] thoa man f(1)=2 va
(x? +x+2)f '(x) + (2x + )f(x) = 4x° + 2x . Khing dinh ndo sau day 1a dung?
A. 2< f(3)<3 B.3< f(3)<5 C. f(3)<2 D. f(3)>5

Loi gidi
Ta co: (x” +x+2)f () +(2x + DF(x) = 4x* + 2x & [ (X" +x+ 2)f(x)]' =4x> +2x
Lay nguyén ham 2 vé ta duoc: (x* +x+2)f(x) = j (4x* +2x)dx =x* +x* +C

Do f(1)=2=4f(1)=2+C=C=6

Khi d6 (32+3+2)f(3):34+32+6:>f(3):g>5.Ch()n D.

Vi dy 3: Cho ham s y = f{x) c6 dao ham lién tyc trén doan [1;4]thoa man f(1)=2 va
f(x) = x.f(x) +3x* —4x>. Tinh gia tri f(4)
A. f(4)==2 B. f(4)=-196 C. f(4)=—-48 D. f(4)=-193

Loi giai
f(x)-xf'(x)
X2

Taco f(x)=x.f(x)+3x*-4x* = 3x* -4

X X

- xf'(x)z—f(x) _3x% +4(%). Mt khéc ‘:f(x)] . x_fv(x)z—f(x)
X

f(x)

Ly nguyén ham 2 vé cia (*) ta c6: —= = —x" +4x+C
X

Do f(l):2:@:—1+4+C:>C:—1:f(x):—x4+4x2—x

Khi dé f(4)=-196. Chen B.

Vi du 4: Cho ham s6 y = f{x) c6 dao ham va lién tuc trén R . Biét rang f [gj =0 va

sinx.f(x) + cos x.f(x) =sinx + cos x . Tinh gia tri cia f (gj

S 6 T ) I I

Loi gidi

Ta co: [s inx.f(x)]' =sinx.f'(x) + cos x.f(x)




Tir gia thiét 1dy nguyén ham 2 vé ta dugc: sinx.f(x) = —cosx +sinx +C

Do f T :O:>—cos£+sin£+C=0<:>C:0
4 4 4

Suy ra sinx.f(X) =sinx —cosx = sing.f(gj =1= f(gj =1. Chon D.

Vi dy 5: Cho ham s y = f{x) ¢6 dao ham lién tuc trén doan [0;2]théa man f'(x)+f(x)=x—1. Biét
£(0) =9. Khang dinh nao sau ddy 1a ding?

A. f(2)=9¢” B. (2)=9¢’ C. f(2)=1+9¢° D. f(2)=-1+9¢’

Loi gidi

Taco: f'x)+fx)=x-1< " f'(x)+e"f(x)=e"(x-1)

e[ f)] =e'(x-D=e £ = [e*(x~Ddx

u=x-1 du=dx
Dt = = ' (x=Ddx = (x=D)e" - [e"dx = (x=2)e" +C
dv=e"dx v=ge"

Do d6 e* f(x)=(x-2)e" +C:>f(X):w

Lai 6 f(0)=—24C=7= C=9= f(x)= 32 +9
[

:>f(2)=%. Chon A.
e

Vi du 6: Cho ham sb y = f{x) c6 dao ham va lién tuc trén R . Biét rang £(0)=3 va
f(x)—f'(x)=2x+1.Giatri cia f(I)thudc doan

A. [0;2] B. [4;6] C. [2:4] D. [6;8]

Loi gidi
Taco: f(x)-f'x)=2x+1< e f(x)—e " f'(x)=e"(2x+1)
Mgt khic [ £(x)] = e £1(x)—e *f(x)
L4y nguyén ham 2 vé ta duoc: —e* f(x) = j e ¥ (2x +1)dx

u=(2x+1)dx du =2dx - - -
Dit - :sje*(2x+1)dx=—e"(2x+1)+j2e *dx
dv=e"dx -

v=—C

= - f(x)=—¢"(2x+3)+C e . f(x)=e " (2x+3)+C

Do f(0)=4nén 4:3+C:>C:l:>f(x):2x+3+%:f(x):2x+3+ex
e




= f(1)=5+¢<[6;8]. Chon D.

Vi du 7: Cho ham sb y = f{x) c6 dao ham va lién tuc trén doan [0;1] , biét rang £(0) = % va

(x* + Df '(x) + xf(x) = x° + 4x . Khi do:

A. 0< f(1)<2 B.2< f(l)<4 C. 4< f(1)<5 D. f(1)>5
Loi gidi
3
Ta c6 : (x* +DF'(x)+xF(x) = x° +4x & £ '(X) + ——F(x) == 2+4X
X" +1 X" +1

I);dJ:_IX3+4x J.)Zﬁ

Ap dung cong thirc nhanh Dang 3 ta co f(x).e ) e~ dx (%)
X+
xdx 1 2,
Ta tinh: ej)‘2+1 N N I

3
Do 6 () &\ +1.f(x) = [ 41x\/x2 +1dx
X+

(x° +1)_— JEE 41 3 +1+C

x(x +4) 1 2
[ —aJ[ e

2
Do dé f(x): +1 C x +10 C
\/x +1 3 \/x2+1
10 13 11 1
Mit khac f(0)=—+C=—=C=1=f(l)=—+——=4<f(1)<5. Chon C.
3 3 3 2

Vi du 8: Cho ham s y = f{x) c6 dao ham va lién tuc trén doan [2;4], biét ring f(2)=6 va
(x> = Df'(x)+ £(x) = x>+ x . Tinh f(4)

A f@=2+V5  B. f@=5+J5  C. f@=5+/15 D. f(#)=2+15

Loi gidi

f(x)

Ta c6: (x* = DE'(x)+£(x) = x> +x < F'(X) +— lz%véixe[2;4]
X_

dx dx
Ap dung cong thiic nhanh Dang 3 ta c6 f (x).ej-‘z‘1 = J.Llej < dx (*)
x —

Lai c6 ejxvl_eilﬁ: x_—l
* xdx _ L d(X _1)
DOdO()Qf(x)r _[x 1\/:dx J.\/___z \/_ \/—1+C
B 10 C\/T”ﬂ:f(z) 343262 f(1)= |22 x4
X




Vay f(4)=5++/5.Chon B.

Vidu 9: Cho ham ) y = f{x) xéc dinh va lién tuc trén doan [l;e] , théa man

xf'(x) = x[f(x)]2 +3f(x)+ivé f(1)=-3.Tinh f(e)
X

A B. -2 c. -2 p. >
2e 2 2e 2
Loi gidgi

Taco xf'(x)= x[f(x)]2 +3f(x) +i < f(x)+xf'(x) = x[f(x)]2 +4f(x) +i
X X

[Xf(X)]' B l

v 1 2
<:>[Xf(x)] :;[xf(x)+2] = [xf(x)+2]2 =

Pat g(x) = xf (x)taco: —E) L, I Bdx _ pdx
X

[g0+2] X [e(x)+2]
f d[g(x)] ~In|x|+C —Infx[+C & — 1 =ln|x|+C
[2(x)+2] g(x)+ xf(x)+2
-1 -1
Do f(1)=-3nén " Co C=1.Suyra W f(e)_2_e Chon C.

Vi dy 10: Cho ham sé f{x) lién tuc va c6 dao ham tai moi x & (0;+), déng thoi théa man diéu kién

f(x)=x(sinx+f'(x))+cosx va | f(x)sinxdx=—4.Khidé, f(7)ndm trong khoang

M\N‘—nl\)‘f{f

A. (6,7) B. (5;6) C. (12;13) D. (11;12)

Loi gidi

Ta c6 f(x)=x(sinx +f'(x))+cosx < f(x)—xf(x) = xsinx +cosx

o P00 -xf1(x) _ xsinxtcosx _[f(x)}' _ _(ﬂJ

X2 X2 X X

f(x) cosx

Lay nguyén ham 2 vé ta duoc: +C = f(x)=cosx+Cx

X

37! 37r

Khi do: I f(x)sinxdx = I (sin xcosx+CxsinX)dx =—4=C=2
5 2

Suyra f(x)=cosx+2x = f(n) =-1+2n € (5;6). Chon B.




Vi du 11: Cho ham sé y = f{x) lién tuc trén doan {0;%} . Biét rang

71'

£(x).cosx +f(x).sinx = 1, Vx e[ ﬂ va f(0)=1. Tinh tich phan [ = j F(x)dx
A= Y31 B.I:L c.r=1 D. /=1 %

2 2 23

Loi gidi
£1(x).cosx + f(x).sinx =1 o L CRCOSX @) sinx __ 1 { fx) } -
COS X COS X COS X COS X
Liy nguyén ham 2 vé ta duoc: ) _ = tanx+C. Theo gia thiét f(0)=1=C=1
COS X

T T T

3 3 3 T
Khidé I = J.f(x)dx = j(tanx+1)c0sxa’x ='[ (sinx + cosx)dx = (—cos x + sinx)|05 =
0 0

0

\/§+1

2

Chon A.

Vi du 12: Cho ham s6 y = f(x) lién tuc va c6 dao ham tai moi (0;%}, déng thoi thdéa man hé thic

(%]—f(%] =an~3+bIn3 trong d6 a,b € R . Tinh gia tri cia

£(x) + tanx . f(x) = —
COS X

biu thic P=a+b

A.P:ﬂ B.P:_—4 C.P:Z D.P:_—2
9 9 9 9
Loi gidi
Ta cé f(x)+ tanx.f(x) = X3 X2
cos” X cos” X
Lay nguyén ham 2 vé ta duoc: sinx.f(x) = I xdx
cos’ X

—xtanx—jtanxdx
dv= v =tanx

u=x

5 du =dx

bat dx = = sinx.f(x) = J
cos’ X

cos’ x

= sinx.f(x)=xtanx + ln|cos x|

F5)oe) . 0
Do d6 > :?BHHE f_

\/2_ Sﬂ\/g—ln\/g

18




Suy ra ﬁf(%j—f(%)zSEf—ln3: 025 :a+b:%4.Chqn B.

3
Vi du 13: Tinh tich phan 7 = j min {e*;e* Jdx
-1

A.I:g—?_ B.I:£+2 C.I:2—g D. /=
e e e

Q|

Loi gidi

1
Xétphuong trinh " =e” ©e'=— e =1 x=0
e

X

Suyra trén [-1;0] > e¢* - < 0= min{e";e’x} =e

X

Vatrén [;3] > e —e™ >0= min{e";e*’“} =e

0 3
Vay [ = Iede+Je_x dx=2-2 Chen C.
e
-1 0

3
Vi du 14: Tinh tich phan 7 = jmax {x’14x" = 3x}dx
0

A=t B. /=21

= C.1=19 D. 1 =27
2 12

Loi gidi
x=0

Xét phuong trinh x° =4x> —=3x < x° —4x’ +3x:0<:>[ hre3
x=1x=

Suy ra trén [0;1] > x* —(4x*—3x) >O:>max{x3;4x2—3x} =x

Va trén [1;3] > x* - (4x” —3x) < 0= max {x’;4x* =3x| = 4x” — 3x

1 3
Vay [ = IXSdX—i- j (4x> —3x)dx = % Chon B.
1

(=]

T

2
Vidu 15: Tinh tich phan I = Imin {sinx;cosx}dx
0

A T=+2-2 B. /=2 C.1=2+2 D./=2-2

Loi gidi

Xét phuong trinh sinx —cosx =0 < sin(x—%)=0c>x=%

n V4 . (- .
Suy ra trén [O;Z} — sinx —cos x < 0 = min {s 1nX; cOs x} = sinx




A V3 . L
Va trén [O;Z} — sinx —cos x >0 = min {sinx;cosx} = cos x

Vay I = | sinxdx+| cosxdx =2 2. Chon D.

O 1 | N
BN oy



BAI TAP TU LUYEN

Cau 1: Cho ham s6 y = f{x) lién tuc trén Rva thoa min f(x)+ f(—x)=~2+2cos2x,VxeR.

3z

I = jf(x)dx

2

A. I=-6 B.7=0 C.I1=-2 D.71=6

Ciu 2: Cho ham sd y = f{x) lién tyc trén Rva théoa mian f(x)+ f(—x)=3—-2cosx,VxeR.

—ly

1= f(x)dx

[SIR]

A.I:”T_l B. /=242 c.1=F_» p. /="t

2 2 2

1

2
Céu 3: Cho ham s y = f{x) lién tuc trén R va thoa min f(—x)+2/(x)=cosx. Tinh [ = j f(x)dx

2

A.I=l B.]=i C.]=E D. /=1
3 3 3

1

2
Cau 4: Cho ham sb y = f{x) lién tuc trén R va thoa man f(x)+ f(—x)=sin2x. Tinh I = j f(x)dx

2

A. 1=0 B.Izé C.1=2 D. I=-2

1
Cau 5: Cho ham sd y = f{x) lién tuc trén R v théa man 2 f(—x)— f(x)=x>. Tinh [ = If(x)dx
-1

Tinh

Tinh

A.1=0 B.[:i C.[:g D. I=1
3 3
[ S A X 1% 1
Cau 6: Cho I o dx =4, trong d6 ham s0 y = f{x) 1a ham s6 chén trén doan [-1;1]. Tinh / = J.f(x)dx
St |
A.1=2 B. /=16 C.I1=4 D. /=8
2 2016
Cau 7: Tinh tich phan 7 = j —dx
cet+1
2016 2018 2017 2018
122 B.I:2 C.IZZ D.[Zz
2017 2017 2017 2018

Ciu 8: Cho ham s0 f{x) 1é va lién tuc trén doan [-2;2]. Tim khang dinh luén ding?



A. j F(x)dx=2 j F(x)dx B. j F(x)dx =0
C. [ f(xpdx=2] f(x)dx D. j F(x)dx = —2j F(x)dx
Ciu 9: Cho f{x) 1a ham s6 chin va lién tuc trén R thoa _l[ f(x)dx=2.Tinh j f(x)dx

A. 1l B. 2 C D.

SN

I
)

0
Céu 10: Cho f{x) 12 ham s chin trén R thoa man j f(x)dx =2. Chon ménh dé ding?
-3

3 3 3 0
A. [ f()dx=2 B. [ f(x)dx=4 C. [f(x)dx=-2 D. [ f(x)dx=2
3 -3 0 3
1
Cau 11: Tinh tich phan I = j X7 x* +2017dx
-1

A 1=0 B. =2 C.1=-2 D_lzg

b b
Cau 12: Cho f1a ham sé lién tuc trén [a;b]thoa _[f(x)dx =7.Tinh I = If(a+ b—x)dx
A.1=7 B.I=a+b-7 C.I=7-a-b D.I=a+b+7

2
Cau 13: Cho ham sb f{x) 1a ham chin, c6 dao ham trén doan [—6;6]. Biét ring j f(x)dx=8va
-1

3 6

j f(=2x)dx=3.Tinh I = j F(x)dx

1 -1

A I=11 B.7=5 C.1=2 D. /=14

0
Ciu 14: Cho ham s f{x) 1a ham s chin j f(x)dx = a. Ménh dé nao sau day ding?
-2

A. j-f(x)dx:—a B. j.f(x)dx:2a C. j.f(x)dx:O D. Tf(x)dx:a

0 2
Ciu 15: Cho ham sé f{x) 1a ham s6 1& j f(x)dx=2. Tinh tich phan [ = j £ (x)dx
2 0

A.1=2 B. [=-2 C.I=1 D. I=-1



3
Ciu 16: Cho ham sb f{x) 1a ham chén va lién tuc trén R, thoa méin [ :I f(x)dx=6. Tinh tich phan
0

J =

0 [N

cos x.f(3sin x)dx

SR}

A. J=0 B.J=3 C.J=6 D. J=4

2
Cau 17: Cho tich phan [ = J. f(x)dx =5trong d6 f{x) 1a ham s6 lién tuc trén doan [—1;2]. Tinh tich phan

-1

jf(l—x)dx

A. -1 B. 2 C.5 D. 8

s

4
Cau 18: Biét /= [In(l+tanx)dx :%lncvc’)’i abceZ va %191 phan sé téi gian. Gia tri a+2b—c thudc
0

khoang nao trong cac khoang sau?

A. (17;19) B. (25;27) C. (31;33) D. (41;43)
Ciu 19: Biét j xf(sinx)dx =27 . Tinh j f(sin x) dx

0 0
Al B. 7 C.2r D. 4

Ciu 20: Biét j f(sin x)dx = % Tinh [ xf(sinx)dx
0 0

Az B. % c.2 D.2
3 3 3
A L 2|x=2+1 . )
Cau 21: Biét J.—dx=4+aln2+bln5vo1 a,beZ. Tinh S=at+b
X
1
A. =9 B. §=11 C.5=-3 D. §=5

4

Cau 22: Tich phan [[x*~3x+2|dx = %V(yi abeN va %1@1 phan sé tdi gian. Tinh a+2b
-1

A.22 B. 17 C.23 D. 67

1 1
Céu 23: Cho cac sé thuc m, n théoa mén j(l—x)dx:mvé J. (1-x)dx=n trong d6 a, b 1a cac sd thuc
a b

1
a<1<b.Tinh tich phan I = [l —x|dx

A.I=—-m—n B./=n-m C.l=m-n D./=m+n



4
Ciu 24: Tinh tich phan 7 = j max{x* +1;4x—3}dx
0

A=
3

B.

=2

3

4
Cau 25: Tinh tich phan 7 = Imax {x2;4x - 3}dx
2

A [=—
3

B.

=2
3

2
Cau 26: Tinh tich phan 7 = Imin {x;x2 }dx
0

A. 1=9

B.

I =

9
2

2
Cau 27: Tinh tich phan 7 = Imin {l;x2 }dx
0

A=t
3

2
CAu 28: Tinh tich phan 7 = j max{
0

A T=2—4m3
2 2

B.

=

2

3

3x-1

;2—x}h

3

I=—-2In—
2 2

2
Ciu 29: Tinh tich phan 7 = j max {x;.x” Jdx
0

A [=—
6

B.

I:2
3

C.

4
Ciu 30: Tinh tich phan 7 = j max {x* —2x +1;x +1}dx
0

B.

I =

7
6

C.

5 3

LI=>-4ln>
2 2

w | o0



LOI GIAI BAI TAP TU LUYEN
" I N £, . .. 3z 3 i
Cau 1: Lay tich phan 2 vé cua f(x)+ f(—x)=cos2xcan tu Y — - ta co:

£ £ £l £

2 2 2 2
j F(x)dx+ j F(=x)dx = j J2(1+ cos2x)dx =2 j |cosx|dx =12 (Sir dung méy tinh Casio)
3z 3z 3z 3z

2 2 2 2
bit ¢ = x = df = —dx va d6i can

£l £ £ 3

Khi do j f(—x)dxz—i ft)dt = T f(t)dz:j f(x)dx

Suy ra j F(x)dx + j f(=x)dx=2I=12=1=6. Chon D.

2 2

Cau2: Tacd f(x)+ f(—x)=3-2cosx = j F(x)dx+ j F(=x)dx = j (3—2cosx)dx (*)

2 2 2

—T T
)
bat ¢t = x = dt = —dxva doi can
T —7T
X=—=t=—
2 2

Khi d6 f f(=x)dx =~

2

SR

Nm‘—.w\ﬁ

S0t = jf(r)dr—j SGyde=1

2

Do d6 (*) < 21 =(3x— 2smx)|2 =37- 4:1_37”—2 Chon C.

71' ﬂ' Va

Cau3: Tacd f(—x)+2f(x)=cosx = j F(x)dx +2 j F(=x)dx = jcosxdx (*)

2 2 2

bit ¢ = x = df = —dx va d6i can



Khi d6 f f(=x)dx =—

2

F(t)dt = j F(t)dt =j f(x)dx=1

2 2

M‘h"—.wia

Do d6 (¥) < 31 =sinx|?, =2:>I:%.Ch9n C.

2
3 z n

Cau 4: Taco: f(x)+ f(—x)=sin2x = j F(x)dx + j F(=x)dx = j sin 2xdx (*)

2 2 2

- T
x=—:>t=3
bat t = x = dt = —dx va doi can
-
x=—=t=—o
2 2

Khi d6 f f(=x)dx =~

2

0N

F(t)dt = j f(r)dt_j f(x)dx=1

2 2

M‘h"—.w‘a

V4

Do dé (¥) < 21 = —<082X]°

=0=17=0.Chon A.

Va

Caus5:Tacod 21 (—x)— f(x)=x" = Zj-f(—x)a’x—j. f(x)dx = jx3dx (*)
x=-1=>t¢t=1

bit ¢ = x = dt = —dx va d6i can
x=1l=>tr=-1

Khi do j f(=x)dx = —j ft)dt = j ft)dt =j f(xydx=1

4l

Do d6 (*) @1:’“T —0=I=0.Chon A.

-1

R . . . x=-1=e=1
Cau 6: Dat t = x = dt = —dx va ddi can

x=1=>t=-1

Khi do K — If (), _ j G j /() dt:jzf. SO jz S
Sl27 L 12 Jo1+27
2[

Suy ra 2K=I%dx+j{+(—;zdx=jf(x)dx:jf(x)dx=21<=8.cn9n D.

A N 2e A x:_1:>t:1
Cau 7: bat t = x = dt = —dx va ddi can
x=1=t=-1



2 2016 2 2016 22016 2 2016 ¢ 2 x 2016

Khido /= [*—de=—[L—di= [ —dr=["Sar=[“2 —ix
Le +l1 se'+l L1 0 e+l 4oet+l
et
2 x 2016 2 2016 2 2017 2 2017
Suy ra 21=Ie.x dx+j - dx=Ix2°16dx=x | =2'2
Loet+l Lyl 2017|2017
2017
Dodo 1= . Chon C.
2017

Chu 8: Do f{x) laham 1& thi f(—x)=—f(x)

Ta s Taf(x)dx - _i f (o = Taf(—x)d(—x) SN j £ (ot = _i £ (¥
Do d6 2} () =0 < j £(x)dx=0. Chen B.

Ciu 9: Dao f(o) 1a ham chz;n thi f(=x)= f(x)

Ta o j £ (o) = —_f F 02— [ f(0dt=-] f (e = If(X)dx
Do d6 j F(0)dx = } o+ j F(x)dx = 2} F(X)dx = 2} (X

Do dé j F()d = 2j F(X)dx = j f(X)dx=1.Chon A.

3 3
Cau 10: Do f{x) la ham chn trén Rnén [ f(x)dx=2[ f(x)dx=4. Chon B,
-3 0

1
Céau 11: Do f(x)=x""+/x*+2017 laham s6 1é trén Rnén / = jxm”\/x2 +2017dx =0
|

Chon A.

< ;. x=a=>t=b
Caul12:Pat t=a+b—x=dt =—dx . DPdbi can
x=b=t=a
b a b
Khido 7= jf(a +b—x)dx = —If(t)dt = jf(x)dx =7.Chen A.
a b a
. 3 3 1 3
Cau 13: Do f{x) la ham chin nén [ f(-2x)dx = [ f(2x)dx = > [ r@xd@x)
1 -1 —1

:%j‘f(t)dt:%j.f(x)dx:fizj.f(x)dx:6

Khido 7= j F(t)dx = j F(x)dx + j f(x)dx=8+6=14. Chon D.



Céu 14: Ham s f{x) 1a ham chan thi f(-x)= f(x)

Taco j S (x)dx = —j)' f (—X)d(—x)%—i S (Ot = —T S (X)dx = .Tf (xX)dx

Do do ]if(x)dx: jlf(x)d(x)+]£f(x)dx:ZTf(X)dx:2j-f(x)dx:Za.Ch()n B.

2 0 2
Ciu 15: Do f{x) 1 ham s8 1é nén j F(x)dx=0< j F(x)dx + j F(x)dx=0
2 -2 0

Suyra [/ =jf(x)dx=—jlf(x)dx:—2. Chon B.

3 3
Cau 16: Do f{x) 12 ham chin nén j F(x)dx=2 j F(x)dx

-3 0

f(3sin x)d(3sin x) —=82 57 =

— N

J = | cosx.f(3sinx)dx =

W | =
—

[SEE]

[SIR]

3
=1.2j f(x)dx=2.6=4. Chon D.
37 3

. . .. x=—l=t=2
Cau 17: Pat r=1-x < dt =—dx . B6i can
x=2=t=-1

Khido I = j (- x)dx = —_f f(t)dt = j f(x)dx=5.Chen C.

x=0—>t=
Ciu 18: Dt t=%—xc>dt:—dxvé

N

Do dé I = j'ln{l + tan (%—tﬂ(—dt) - TmP + tan (%—xﬂdx

4

. 1-tanx 2 2

_x — —
j I+tanx l+tanx

NG

Ma 1+tan(

a=rmw

% j f(t)dt = % i F(x)dx

i i
suy ra Izjln—dx:jln2dx—lc>1:£ln2
y l+tanx 0 8

Lai c6 I=%.lnc—> b=8 .Viy a+2b-c=7+2.8-2 € (17;19).. Chen A.

c=2



x=0—>t=rx
Cau 19: Dat t:ﬂ—x<:>dx:—dtvél{
x=mx—>t=0

Do d6 ]Exf(s inx)dx = J-(ﬁ —1).f [sin(z —1)](~dr) = ]5(7: —x) f(sinx)dx

= 7 [ f(sinx)dx — [ x.f(sinx)dx <> [ f(sinx)dx = 2 [f(sinx)dx=4. Chon D.
0 0 0 T 0

x=0—>t=nx
Cau 20: bat t=7z—xc>dx=—dtv€1{
x=x—>t=0

Do d6 ]Exf(s inx)dx = J-(ﬁ —1).f [sin(z —1)](~dr) = ]5(7: —x) f(sinx)dx
= ﬁf f(sinx)dx — ]E x.f(sinx)dx < 2.]5 x.f(sinx)dx = ﬁf f(sinx)dx
Vay _Tx.f(sinx)dx = % Chon A.

2 5
dx:'[s_zxdx+.|‘2x_3dx =4+8In2+3In5
X X

Cau2l: Tacod [ =

j2|x 2|+1 j |x— 2|+1

2 1 2

3
Ma I:4+a.1n2+b.ln5—>{z ,-ViyS=a+b=8+3=Il ChonB.

Cau 22: Xét phuong trinh x* -3x+2=0< {

Do d6 trén [~1;1],[2;4] > x* —3x+2 > 0va [1;2] - x> ~3x+2 <0

19 {a=19

1 2 4
Vay [:j(X2—3x+2)dx—j(x2—3x+2)dx+j(xz—3x+2)dx=?:> ,_, - ChenC.
—1 1 2 -

1 b 1 b 1 1
Ciu 23: Ta c6 1=j|1—x|dx+j|1—x|dx=j(1—x)dx—j(1—x)dx=j(1—x)dx+j(1—x)dx=m+n
a 1 a 1 a b

Chon D.
Cau24: Tacod x> +1—(4x—-3)=x"—dx+4=(x—2) zo—>%%¢{x2+1;4x—3} =x>+1

3
:4—+4:@ Chon A.
3 3

4 3 4
Suy ra I:J‘(x2 +1)dx:(%+xj
0

0

Ciu 25: Xét phuong trinh x* = 4x—3 < x* —4x+3=0 < {x

Suy ra trén [2;3] — x° —4x+3<0:>max{x2;4x—3} =4x-3



Va trén [3;4] > x* —4x+3> 0= max {x*;4x-3} = x*
3 4 58

Vay 1= [ (4x—3)dx+[x’dx == Chon B.
2 3

Cau 26: Xét phuong trinh x* =x & x(x-1)=0 < {

Suy ra trén [0;1] - x? —x<0:>min{x;x2} =x

Vatrén [1;2] > x* —x > 0= min {x;x"} = x

1 2

1 3
X

Vay I=[x’ dx+j xdx ==
1

0

2
X
+—

:E. Chon C.
6

0 1

x=1
-1

Cau 27: Xét phuwong trinh x* =1 x* -1=0< {
x

Suy ra trén [0;1] > x? —1<O:>min{1;x2} =x

Vatrén [1;2] > x* 1> 0= min {l;x*} =1

3!

1
X

Vay I=[x’ dx+j.ldx ==
1

0

+x|12 LU Chon D.

. 33

3x—1 {osmz
=2—x

= S x=1
3x-1=(x+1)(2-x)

Céau 28: Xét phuong trinh

x+1

Suy ra trén [O;l]—)3x_1—2+x<0:>max{3x_l;2—x}=2—x
x+1 x+1
Vatrén [1:2] > 22124 x> 0= max | 220 L= Y
x+1 x+1 x+1
1 2
Vay 1:j(z—x)dx+j3x_ldx=2—41n3.Chan.
) ) x4+l 2 2

Ciu 29: Xét phuong trinh x* =x < x(x-1)=0 < {

Suy ra trén [0;1] - x° —x<0:>max{x;x2} =X

Vatrén [1;2] —» x° —x>0:>max{x;x2} =x’

1 2 le x32 17
Vay 1=jxdx+jx2dx=— +2| ===. Chon A.
0 1 2 0 3 1 6
A I3 \ 2 x:()
Cau 30: Xét phuong trinh x* -2x+1=x+1& 3
X =



Suy ra trén [0;3] — x° —2x+1—(x+1)<0:>max{x2 —2x+1;x+1} =x+1

Va trén [3;4] > x* = 2x+1-(x+1) > 0= max {x* = 2x+ Lx+1} = x* ~ 2x+1

3 4
Vay I:j(x+1)dx+j(x2—2x+1)dx=%. Chon A.
0 3
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