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PHAN L. NQI DUNG TRQONG TAM
1. PAI SO VA GIAI TiCcH

1. Khai trién nhj thirc Niuton, c4p s nhan;

2. Déy s6 (khéi niém, ddy ting gidm, bj chin, céc phép toan);

3. Gi6i han day, giéi han ham va cic phép toan;

4. Ham s6 lién tuc va céc tmg dung.

_ 2.HINH HQC

1. Vi tri tuong di ciia hai dudng thing, hai mit phing va c4c kién thirc chung;

2. Pudng thing song song v&i mit phing; mét phéng song song;

3. Géc giita hai dudng thing; géc giira dudng thing va mit phing;

4. Vecto trong khéng gian va céc phép toén;

5. Pudng thing vudng goc v6i mit phing;

6. Hai mit phing vuéng géc.
PHAN II. BAI TAP
A. TRAC NGHIEM

Ciul. Trong khai trién(1-x)", hé s6 ding truée x” la:

A. 330.

B. — 33, C. -72. D. =792,

18
Ciu2. Tbng cac hé sb trong khai trién (x’ +~—];-] la:

A. 2I8

X

B. 2" -1, o ) B. ¢

7
Ciu3. Trong khai trién [a’ +%J , 56 hang thir 5 1a:

A. 35.4°067%.

Bo _3S-a6|b—4 . Co 35.ad.b-s » Dt _‘35.04.b .

Céud4. Trong khai trién nhj thirc (a+2)"°,(ne N)c6 tht ca 17 s6 hang. Khi d6 » bing

A.17.

C. 10. D. 12.



Cau5. Chodaysb (u,) véi u, =—‘f—l. Khéng dinh nao sau day Ia ding?
n

A. Niim s6 hang diu ctia diy 1 —;—;—;—=: =,

234 56
B. 5 56 s hang dAu cua ddy la: =l :—2-;;3;_—4;;5.
2 3 4 56

C. La ddy sb tang.
D. Bj chiin trén bdi s1.

Ciu6. Cho ddysd (u,) véi u, =2n-1.Day s (u,) 1a day sb
A. Bichintrén bdi 1.  B. Giam.
C. Bichin dudibdi 2. D. Ting,

2
Ciau7. Chodaysé(u,) voiu, =% (a 12 hing s6), u,,, 14 s6 hang nao sau day?
n

2 2
(n+ ; . r
A.u,, =E-(f—])-. B. u,, =a_(iﬂ- Uy = o +l. D.u, = Ly
n+2 n+l n+1 n+2
Cau8. Cho clp sd nhan (u,) c6 sb hang diu u, =—3 va cong bdi ¢ =-§l. S8 hang thir nam cua (u, )
la:
27 16 27 16
24 WL o ~2 D. ——
e 16" 27° 16 ° 27"
Ciu9. Cho cép sd nhan (u,) véi u, = -%'; u,==32.Tim q?
A.q:i%. B.g=+%2. C.g=14. D. g=4#1.
Ciu 10. Tbng ciia cAp sb nhan vé han +,—L 1 ()™ la:
! g p N =, =g [
1 | 2
. = B. 1. C. —. D. ——.
= 3 3 3

Ciu 11. Té bao E. Coli trong diéu kién nubi cdy thich hop cu 20 phiit lai phan d6i mot 1in. Sau mudi
14n phan chia s5 té bao con dugc tao thanh tir mot t& bao phan chia la:

K. 2P, B. 2". | 0L 2%, D. 20%.
u+u,+u, =13 . i
Ciu 12. Cho cép sé nhén (u,) théa man: { ' Z’ 236 . Tong 8 s6 hang d&u ciia c4p sé nhén (u,)
Uy —~Uy =
la:
A. S, =3280. B. 5, = 9841. C. §, =3820. D. S, =1093.
8n’ -2n° +1
du 13. lim—————— ban
T 1 PY '
A. 2. B. 8. C 1. D. 4.
5n+l_ n "
Cau 14. i ban
a m 2" +3.5" 5
A2, B.D. ci, D.5.
5 3 5



Ciu 15.

Cau 16.

Cau 17.

Ciu 18.

Cau 19.

Cau 20.

Ciu 21.

Ciu 22.

Ciu 23.

Ciu 24.

Ciu 25.

Caiu 26.

Cau 27.

1+3+5+...+(2n+1)

li b
. 3 +4 e
A0, Bl
3
3 2z
Bik lim 21 t0 =4 iat =4
an’ +2
A. -12. B, 2.
sin(2" +1) .
Iim—(—zﬂ—) bang
n
Al B. 0.

Trong céc ddy sau, ddy ndo khong c6 giéi han?

1

A U,==, B.U,=
5

n

C.El
3

:% véi a 12 tham s6. Khi d6, @—a* bing

C. 0.

Cl -—4-

C.U,=(-1).

D.1.
D. 4'
D, 1.
2
b U=t
n -1

Gia sirta co xl_iglf(x) =a va lim g(x)=b4. Trong cic ménh d& sau, ménh d& nio sai?

B. lim [f(x)—g(x)]=a—~b.

A. lim [ f(x).g(x)]=ab.

=¥

. f(x)_a
C. rl-l.*Tm_—g(x)_b , (g(x)#0).

lim bing

xpte0 350 42

A. 0. B. 1.
X +2x+1

=1 25 42

A, -, B. 0.
2 — .

lim 3 a4 béng

=1t x-—

Au —C0 . Bl —I.

. AxEl-vxex el s

lm; bang

X—> X

A. 0. B. 1.

lim x(s/xz +5 —x) bing

A. 5.
lim (\/x+] —\/x+7) bing

X—r4m

A, o0, B. 4.

Iime—zi-l-zl bing

=1 X -

A. Khong ton tai. B. 0.
Cho ham sb f/(x) ={
A. -1. B. 0.

5
BI ==
V2

x*=3 khi x>2
x—=1 khi x<2

X=b+0

_D. x]_im}[f(x)+g(x)]=a+b.

N[ —

C.-1.

. Khi d6 Ll_l;rzl f(x) bing

C.]l

D. Khéng tdn tai.



A xt 41
Cau28. Chohamsb f(x)=————
x*+5x+6

day?
A. (-3;2). B. (=2;+0). C. (—0;3). D. (2;3).

. Khi d6 ham s y= f(x) lién tuc trén cac khoang nao sau

x*~5x khi x>-1

¥ —4x-1 khi x<-1

Két ludn nio sau ddy khéng diing?

A. Ham s8 lién tyc tai x=-1, B. Ham s6 lién tuc tai x=1.

C. Ham s6 lién tyc tai x=-3. D. Ham s6 lién tyc tai x=3.
m?x? khix<2
(1-m)x khix>2

Ciu29. Chohamsd f(x) ={

Cau 30. C6 bao nhiéu gi4 tri thyc cua tham s& m dé ham s6 £ (x) ={

lién tyc trén R ?

A. 0. B. 2. C. 3. D. 4.
X +x=-2 .
Ciu 31. Chohamsé f(x)= = wedll Khi x=1 . D& ham sb gian doan tai x=1thi gia trj cia m [a:
3m khi x=1
A. m#2. B. m#1. C.m#2, D. m#3.

3x-5 khi x<-2
ax—1 khi x>-2"
Vi gi4 tri ndo ciia a thi ham s6 f(x) lién tuc tai x=-2?
A. a=-5. B. a=0. C. q=5. D. a=6.
Ciu 33. Khiang dinh ndo ding trong cic khang dinh sau?
I) f(x) lién tuc trén doan [a;6] va f(a).f(b)<0 thi phuong trinh f(x)=0 c6 nghiém.
1) £ (x) khong lién tyc trén [a;] va f(a).f ()20 thi phuong trinh f(x)=0 v6 nghiém.
A. Chi I ding. B. Chi Il dang. C.Calvall ding. D. Calvall sai.
Cau 34. Trong céc khing dinh sau, khéng dinh nao sai?
A. Néu gi4 ctia ba vecto a,b, ¢ cét nhau timg d6i mot thi ba vecto d6 ddng phéng.
B.Néu a= mb +ne véi m,n € R thi ba vecto 3, B, c ddng phi’mg.
C.'Néu gia ctua ba vecto a, b, ¢ cing song song véi mot mit phing thi ba vecto d6 dong
phang.
D. Néu trong ba vecto a, b, ¢ c6 hai vecto ciing phuong thi ba vecto dé dong phéng.
Cau 35. Cho vecto n#0 va hai vecto avab khong cing phuong. Néu vecto n vudng géc véi ca hai
vecto @ va b thi n, a vab:
A. Pdng phing.
B. Khong ddng phing.
C. C6 gi4 vudng gbc v6i nhau tirng d6i mot.
D. C6 thé ddng phéng.
Ciu 36. Trong cic ménh d& sau ddy, ménh d& ndo 14 ding?

Ciu32. Chohamsb f(x) ={

A.Néu 7B =-%B_c‘ th B 14 trung diém cila doan AC.

B. Tir AB=-34C ta suy ra CB=AC. |

C. Vi AB=-2A4C +54D nén bbn diém 4, B, C, D cing thudc mot mit phéng.
D. Tir AB=34C tasuy ra BA=-3CA.




Céu 37.

Cau 38.

Cau 39.

Cau 40,

Cau 41.

Cau 42.

Céu 43.

Ciu 44.

Cho t&r dién ABCD. Goi I,J lan lugt la trung diém cia 4B va CD, G latrung diém cua IJ
Trong cac déng thirc sau, dﬁng thic nao ding?

A. GA+GB+GC+GD=0 B. GA+GB+GC +GD=21.

—_— —— — — —

C. GA+GB+GC+GD=JI . D. GA+GB+GC+GD=-2JI.

Trong khong gian cho dudng thing A va diém O. Qua diém O c6 mdy dudng thiing vudng
goc voi dudng thang A ?

Al B. 3. C. Vo s6. D. 2.

Trong khong gian cho cic dudng thing a,b,c va mit phing (P). Ménh dé ndo sau déy sai?
A.Néua L(P)vab//(P)thialb.

B.Néualb, clb va achtcthib vudng goc vai mét phﬁng chira a va c.
C.Néual/lbva blc thicla.

D.Néualbva blc thiallc.

Cho hinh lap phuong ABCD.A’B'C'D' . Tinh géc giita hai dudng thing B'D' va A'A.

A. 90°, B. 45°. C. 60°. D. 30°.

Chon khéng dinh dung trong céc khang dinh sau:

A. Trong khéng gian hai dudng thing phin biét cling vudng goc vdi mdt dudng thing thi song
song v&i nhau.

B. Trong khong gian hai dudng thc"mg vudng g6 v6i nhau c6 thé cét nhau hodc chéo nhau.

C. Trong khong glan hai mat phing cling vudng géc véi mot dudng théng thi song song véi
nhau.

D. Trong khong gian hai dudng thing khdng c6 diém chung thi song song véi nhau.

Cho hai dudng thing phén biét @, b va mit phing (P), trong d6 @ L (P). Chon ménh dé sai.
A.Néu b// a thi b//(P). B.Néu b//a thi bL(P).
C.NéubL(P)thib//a. D.Néu b//(P) thi b La.

Chon khing dinh sai trong cic khing dinh sau:
A. Néu hai mit phing song song thi moi dudmg thing vudng géc v6i mit phing nay déu vudng
g6c voi mit phing kia.

B. Néu mit phing (7) chira hai dudng thing ciing vudng goc vdi dudng thing a thi hai duong
thing d6 song song v6i nhau.

C. Néu hai mit phing (P) va (Q) song song nhau thi mit phing (R) da cit (P) déu phai cit
(@) v céc giao tuyén clia chiing song song nhau.

D. Néu mdt mit phiing vudng gbéc v6i mot trong hai dudng thing song song thi s& vudng géc
v6i dudng thing con lai.

Trong khdng gian tép hop céc diém M céch déu hai diém c6 dinh 4 va B la:
A. Mit phﬁng trung truc clia doan thing AB.  B. Pudng trung tryc clia doan thing 4B .

C. Miit phiing vudng gbc v6i AB tai 4. D. Dudng thing qua 4 va vudng goc voi 4B



Cau 45. Chon ménh d diing trong cic ménh dé sau:

A.Néua L(P) vabLa thi bc(P). B.Néu ae(P) va aeb thl be(P).

C.Néu ac(P) va b Lathi bL(P). D.Néuac(P) vabL(P)thibLa.
Ciu 46. Cho hinh lap phuvong ABCD.A'B'C'D'. AC vudng gbéc v6i mit phing:

A. (CDD'CY). B. (4'B'C'D"). C. (BDD'B"). D. (4'BD).

Céu 47. Cho hinh chép S.ABCD ¢6 ABCD 14 hinh vudng va SA4 _L(ABCD). Tam giac SBC la:
A. Tam gidc thudng.  B. Tam gi4c c4n. C. Tam gidc déu. D. Tam gidc vuéng.
Céu 48. Cho hinh chép S.4BC c6 S4.L(ABC), tam gidc ABC vudng tai B, két ludn ndo sau déy sai?
A. (SAC)L(SBC).  B.(SAB)L(4BC). C.(SAC)L(4BC). D. (S4B)L(SBC).
Cau49. Cho tirdign ABCD c6: AB=AC=AD; BAC =BAD=60". Goi M vi N la trung diém ciia
AB va CD, Pudng thing CD vudng gbc vdi mit phang
A. (4BD). B.(4BC).  C.(4BN). D. (CMD).
Céau 50. Cho tirdién OABC c6 04, OB, OC (v6i OA < OB < OC) dbi mdt vudng goc véi nhau. Goi
12 hinh chiéu cila O trén mit phéng (A4BC). Ménh d& no sau day diing?

A. H latrung diém cua AC. B. H latrong tim tam gidc ABC.
C. H latrung diém cua AB. D. H 14 tryc tAm clia tam gidc ABC.
B. TU LUAN
1. PAI SO VA GIAI TiCH

Bai 1. Cho dy s6 (un) v6i uy = (=5)*""

a) Viét 5 sé hang ddu cua day;

b) Chirng minh rdng day s6 (un) 1a CSN, chi rd u, va g;

¢) Tim s6 hang thir 2019 cta day sb;

d) Tinh tdng cta 100 s6 hang diu.
Bai 2. Mot ngudi mang 10 triéu ddng dén giri ngén hang v&i ki han 1 thang c6 mirc 13i suét 13 0,4%. Khi
két thuc ki han giri tién ma ngudi giri khéng dén rit tién thi toan b sb tién (bao gdm ca gbe 13n 1) s&
dwge chuyén giri tiép véi ki han nhur ki han ma ngudi giri da giri. Hoi sau 6 thang ké tir ngdy giri ngudi
d6 méi dén ngan hang dé rat tién thi sb tidn rit dugc Ia bao nhiéu?

12
1 ;
Bai 3. Trong khai trién [x—{» —) vai x # 0. Hay
x

a) Tim s6 hang khéng chira x;
b) Tim sb hang thir 6 ctia khai trién trén.
¢) Tinh tdng céc sb hang cta khai trién.

_ _ . _3n*=2
Bai 4. Cho day s6 (up) VGi up = Tl

‘a)Tinh u, +u,;
b)Xét tinh ting, gidm cta ddy sb;
c)Xét tinh bj chin cta day sb.
Bai 5. Xét tinh don diéu va bi chiin cia céc diy s6 sau:
n 1 1
=2n* —n+l; blu = : C) U, = ——t ..t 5
Dy =20 =k 4= V=12t 23 3t )




Bai 6. Tinh

. 2n+l . (n+1)’(n+2)’
im————; Pttt
a) It o3 b) lim .
43" + 7™
¢) lim——; i ?+n—nt
) i 5 7 d)llm(w/n +n—n +1).
Bai 7. Tinh
. X' +5 2_ 342 .
&) T ; b) limxz 5x+6 ; o) lim> 4;: +4x-3
==l x+5 x3 x* ~8x+15 3 X" -3
i VX+7-3 . 1=x=1 . Vx+l=3x+1
Jlim—a—rmi e) lim : f*) lim————.
=2 x°—4 =2 3x—6 x—0 3x
Bai 8. Tinh
o B ex—1 ' 2x* =3x* +4x-1
a) lim ————; i :
)HM2x“+x+1 b)Jrl—l'r-nﬂﬂx"—S.vc"“+2x2—:4:+3’
o (22X +1)(5x+3 I
c) llm( = )( ); d) lim (\‘xz—x+3+x); e) lim—f—w.
x40 (2x __1)(x+1) P = x—10
Bai 9.
. 2x+3 - 2 -
a) lim % : b) lim 32+4x g ¢) lim o : d) lim 2x+3-
=1 x—1] =1 x* -9 x=0" x -2 x+2

Bai 10. Tim m d& ham s6 c¢6 giGi han tai xo= 1.

3
Bt ety

f(x)=1 x-1

mx+2 (x21)
Bai 11. Xét tinh lién tuc ciia cdc ham s6 sau trén tap xéc dinh cua ching.

x*-16 2_19
—  khix>4 ol Y
a) f(x)=x~2 : b) f(x)={ x Sl
x+4 khi x<4 -2 khi x=0
Bai 12. Chirng minh:

a) Phuong trinh x” +2x* —2 = 0 ¢6 nghiém;

b) Phuong trinh 2x* —6x+1=0 c6 it nhat 2 nghiém;

¢) Phuong trinh m(x—l)J (x-2)+2x-3=0 cd nghiém véi moi m;

d) Phuong trinh x* -2 =3x* —5x c6 3 nghiém thudc khoang (-2;5);

e) Phuong trinh ¥” sinx+xcosx+1=0 c6 nghigm thudc khoang (0;7);

2. HINH HQC

Bai 13. Cho hinh chép S.4BCD.

a) Chirng minh ring néu ABCD Ia hinh binh hanh thi SB+SD =S84 +5C . Ditu nguoc lai c6 ding
khong?

b) Goi O 1a giao diém ctia AC va BD. Chiing t6 ring ABCD 14 hinh binh hanh khi va chi khi
SA+SB+SC+SD=4S0.



Bai 14. Cho hinh hop ABCD.EFGH. Goi I 1a giao diém hai dudng chéo ciia hinh binh hanh 4BEF va K
la giao diém hai dudng chéo ciia hinh binh hinh BCGF. Chitng minh ring ba vecto' BD, IK,GF ddng
phéng.

Bai 15. Cho tir dién ABCD cb AB vudng géc véi BC va BD, tam gidc BCD vudng tai C. Ké BE vudng
g6c véi AC (E thude AC), EF vudng gée v6i AC (F thuge AD). Chimg minh:

a) CD 1 (ABC),

b) BE L (ACD);

c) EF 1 (ABC).

Bai 16. Cho hinh chép S.ABCD c¢6 ddy ABCD Ia hinh vudng canh bang a,tdm O; SA 1L (4BCD),
SA=2a.Goi H, I K 14n luot 1 hinh chiéu vudng géc clia diém 4 trén SB, SC, SD.

a) Chiing minh ring BC L (SAB); CD L (SAD); BD L (SAC);

b) Chimg minh c4c mit phing (SAC), (SAB), (SAD) cling vudng gbéc v6i (ABCD);

¢) Tinh géc giita cic canh bén va mit ddy ca hinh chop;

d) Goi (o) 12 mat phing qua 4 va vudng géc v6i SC. Chimg minh AH, AK cung n3m trong mit phing

().
¢) Chimg minh ring HK L (SAC). Tir d6 suy ra HK L AL
Bai 17. Cho hinh chép S.4BCD c6 dédy ABCD 1 hinh thoi canh a, tim O. SO L (ABCD) va

aJ6

a
SO =——;0B=—.
3 3

a) Chiing minh S4=SC; SB=SD; SC L 54;
b) Tinh gbc giita cac canh bén v m3t phing déy;
¢) Goi H 14 hinh chiéu vuéng goc ciia O trén S4. Chitng minh (S4C) L (BHD);

d) Tinh géc gitta SO va (DHB);

e¢) Chirng minh (S4B) L (SAD).

Bai 18. Cho tir dién ABCD c6 AB, AC, AD dbi mgt vudng goc.

a) Chimg minh ba mit phing (4BC), (4BD), (ACD) ddi mdt vudng gbc.

b) Goi H 14 hinh chiéu ciia 4 1én mit phing (BCD) . Chirng minh H 13 tryc tdm tam gidc BCD.

¢) Chirng minh hai canh déi cua tir dién vudng géc.
L1 1 1
OH®* o4* 0B* 0C*’

d) Chirng minh
HET
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