CHU PE 1. KHOI PA DIEN VA THE TiCH KHOI PA DIEN

A. KIEN THUC CO BAN

a. HINH HQC PHANG
1. Cadc hé thirc lwong trong tam gidc vuong: )
Cho tam giac ABC vudngtai A, AH la duong cao, AM la duong trung tuyen. Ta co:

/ B ) e P \

1

1

1

% AHBC = ABAC :
% AB’ = BH.BC, AC® =CH.CB |
:

1

1

1

1

1

< 12: 12—|- 12,AH2=HB.HC
B 1, C AH AB AC
H % 2AM = BC

N e )

/ Chon goc nhon 1a a \
canh déi  ( di

canh huyén’ (h,ocj
canhké  ( khéng

canh huyén’[ huw j
_ canh doi ( doan

 canh ké ( két j

. o canh ké ( két j

canh doi \ doan /
_____________________________ 1

N % sino =
Canh huyén

< cosa=

Caph
doi

% fanao

Canh ké

-

3. Cac hé thirc luwgng trong tam gidc thuwong:
a. Dinh ly cosin:

o

| [}
1 . 1
"% |a® =b" + ¢ —2bccos A| = cos A = te o
1 ) ng ) :
1
¢ b \ x [D2 =a’ 4+ ¢ —2accos B :COSB:+C—b E
: 2 20/26 2 '
_ 1
a Vx| = a’ + b —2abcosC| = cosC =2 Th e :
C: 2ab 1
1

-
X

b. Dinh ly sin:
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a b c
sinA sinB  sinC
(R 1a ban kinh dudng tron ngoai tiép AABC)

2R

c. Cong thirc tinh dién tich tam gidc:

/ . U PO U \

1 1

} o [}

L% Saane a.h, = Eb.hb —c.h, !

[} }

' 1. 1, 1

c b % Saunce ZEabsmCZEbcsmAZEacsmB !

! 1

. abc !

E * Saape = AR’ Saapc = DT !

! 1

s “ “ 1w p=yp(p-a)(p-b)(r-c) :
P - nira chu vi e

\\1;jbmlkhﬂldudngtnhlnéiﬁén 4///

d.  Céng thirc tinh d¢ dai dwong trung tuyén:

1 1
A ' 2 2 2 |
: *AMQZAB + AC _BC :
1 2 4: 1
! 2 2 2 '
L gy BATEBCAC :
1 2 4 1
5 © o CA* +CB® AP’ :
M o CRT =T !
1 2 4 1
1

4. Dinh ly Thales:

-

. MN |/ /BC =AM _ AN _ MN _
AB AC  BC

1 1
1 1
1 1
1 1
1 1
N ! 2 1
: * SAAMN _ [AM] — 2 :
1
' SAABC AB i
B 1 1
: \

@

(Ti dién tich bang ti binh phwong ddng dang)
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5. Dién tich da gidc:

a. Dién tich tam giac vuong:

% Dign tich tam giac vudng bang % tich 2 canh
goc vudng.

b. Dién tich tam giac déu:

% Puong cheo hinh vudng bang canh nhan \/5 .
% Dién tich hinh chu nhat bang dai nhan rong.

a’3
At Y h —
< Di¢n tich tam giac déu: S, = (C%)%/g N Saane 4
a
i =
% Chiéu cao tam giac déu: h A s % 2
c. Dién tich hinh vuong va hinh chir nhat:
2
+ Dién tich hinh vuéng bang canh binh phuong. Sy = a

=
AC = BD = a2

d. Dién tich hinh thang:

1 .. .- ;o o
% SHinh Thang = 2 .(day lon + day be) x chiéu cao

=95 =

(AD + BC).AH
2

e. Dién tich tw giac co hai dwong cheo vuong
goc:

nhau bang % tich hai duong cheo.
¢ Hinh thoi co hai duong cheo vuéng goc nhau
tai trung di€ém cua moi duong.

% Dién tich tu giac co hai duong cheo vudng goc|A

b. CAC PHUONG PHAP CHUNG MINH HINH HOC

1. Chung minh dwong thing song song véi mdt phing :
d ¢ (o)
> |d||d = d]|(a) (Pinhly 1, trang 61, SKG HHI1)
d' ()
Q@
<> (ﬁ) () = d || (o)| (HE qua 1, trang 66, SKG HH11)
d C(B)
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d L d
< (@) L d't = d || ()| (Tinh chat 3b, trang 101, SKG HH11)

d Z (o)

Chung minh hai mdt phing song song:
(@) D a,al(B)

> (@)Dbb ] (B)t = ()] (B)] (Pinhly 1, trang 64, SKG HH11)
anb=0

& Eg; H (g) — (a) | (8)| (Hé qua 2, trang 66, SKG HHI1)
(@) = (B)

< (@) Ld = (a)|(8)|.(Tinh chat 2b, trang 101, SKG HH11)
(8) Ld

. Chung minh hai dwong thing song song: Ap dung mot trong cac dinh i sau
<> Hai mit phang (oz),(ﬂ ) co diém chung S va lan luot chua 2 duong thang song song a,b thi giao
tuyén ctia ching di qua diém S ciing song song véi a,B.
Se(@)n(p)
(@) > a,(8) Dbt = ()N (8) = Sz (|| a | b)} (H qua trang 57, SKG HH11)
alldb

<> Cho dudng thang a song song véi mat phang (a). Néu mat phang () chira a va cit (o) theo
giao tuyén b thi b song song véi a.

al@.ac(g) | a|. (Dinh 1y 2, trang 61, SKG HHI11)
(@n(s)=b

< Hai mat phang cung song song voi mdt dwong thang thi giao tuyén cua chung song song voi
duong thang do.

(@) 1 (9)
(P)N(a)=d

] = (P)N(B) =d'd" || d|. Pinh Iy 3, trang 67, SKG HH11)

<> Hai duong thang phan biét cung vudng goc voi mot mit phang thi song song voi nhau.
d=d
d L (a) ! = d L d’'| (Tinh chat 1b, trang 101, SKG HH11)

d" 1 (a)

< Su dung phuong phap hinh hoc phang: Puong trung binh, dinh 1i Talet dao, .

. Chung minh dwong thangvuong goc voi mat phang

< Dinh Iy (Trang 99 SGK HH11). Néu mot duong thing vudng goc voi hai duong thang cit nhau
nam trong mot mit phang thi né vudéng goc voi mit phang ay.

dlacC ()
dL1bcC(a)f=dL(al
anb={0}

<> Tinh chdt 1a (Trang 101 SGK HH11). Cho hai duong thing song song. Mit phing nao vudng
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C.

goc voi duong thang nay thi vudng goc voi duong thing kia.
dld
41 (a) :>dJ_<a>.

<> Tinh chit 2a (Trang 101 SGK HHI11). Cho hai mat phang song song. Puong thang nio vuong
gdc voi mit phing nay thi ciing vudng goc véi mat phang kia.

OLIE) .
cu(ﬂ)]i )

< Dinh Iy 2 (Trang 109 SGK HH11). Néu hai mat phang cat nhau va cung vudng goc voi mit
phang thu ba thi giao tuyén cua chung vudng goc voi mit phang thu ba do.

(@)L (P)
(6)1(P) l=aL(r)
(@)n(8)=4

< Dinh ly I (Trang 108 SGK HHI11). Néu hai mat phang vuong goc thi bat ctr duong thang nao
nao nam trong mit phang nay va vudng goc voi giao tuyén déu vudng goc voi mit phing kiA.

(o) L(P)
az(a)ﬂ(P) :>dJ_<P)
dC(a),dJ_a

Chung minh hai dwong thing vuéng géc:

<> Cdch 1: Dung dinh nghia: a 1 b < (c:,?)) = 90"
Haya lb<=dlb < db=0<s |&'|.‘l;‘.cos(6,5) =0

< Cdch 2: Néu mot duong thang vudng goc voi mot trong hai duong thang song song thi phai
vudng goc voi duong kia.
b//c

=alb.
aJ_} a4

< Cdch 3: Néu mot duong thang vudng goc voi mot mat phang thi nd vudng goc véi moi duong
thang nam trong mat phang do.

o L (o )}:>aj_b.

bC <a)
<> Cich 4: (Sw dung Dinh ly Ba dwong vuéng goc) Cho duong thing b nam trong mit phang (P)
va a 1a duong thang khong thudc (P ) dong thoi khong vudng goc véi (P ) . Goi a’ 14 hinh chiéu

vuong goc cua a trén (P) . Khi d6 b vudng gbéc véi a khi va chi B/El
A/
a'= hch (P) —]
¢ =blasbla
bc(P)
<> Cich khdc: Sw dung hinh hoc phang (néu duwgc). x|
6. Chung minh mp(a) 1L mp (ﬂ): £ b a

< Cdch 1: Theo dinh nghia: (oz) L (ﬂ) & ((a),(ﬂ)) = 90". Chung to goc giura hai mit phang bang
90°.
< Cdch 2: Theo dinh ly 1 (Trang 108 SGK HH11):

HINH CHOP PEU

Trang 5/35




1. Dinh nghia: Mot hmh chop duoc goi la hinh chop déu néu co day la mét da giac déu va co chan
dirong cao trung voi tam cua da giac day.
Nhan xet:
<> Hinh chop déu co céc mat bén lai nh&ng tam giac can bang nhau.
Cac mit bén tao voi day cac goc bang nhau.
<> Cac canh bén cua hinh chop déu tao voi mat day cac goc bang
nhau.
2. Hai hinh chop déu thwong gip:

a. Hinh chop tam giac déu: Cho hinh chop tam giac déu S.ABC' . Khi

do:
< Da,iyABC la tam giéc dé‘u.l
<> Cac mat bén la cac tam giac can tai S'.
<> Chiéu cao: SO.
<> Goc gitra canh bén va mat day: SAO = SBO = SCO.
< Goc giua mit bén va mat day: SHO .
& Tinh chit: 40 = %AH OH — éAH AH = AB@ .

Luu y: H1nh chop tam glac déu khac voi tur di¢n deu
v T w - dién déu co cac mdt la cac tam gzac deu
v’ Twdién déu la hinh chop tam giac déu co canh bén
bang canh day.
b. Hinh chop tw giac déu: Cho hinh chop tam giac déuS.ABCD .

< Day ABCDIa h1nh vudng.
<> Cac mit bén la cac tam giac can tai S .
<> Chiéu cao: SO.

< Goc gita canh bén va mit day: SAO = SBO = SCO = SDO..
< Goc gitra mit bén va mit day: SHO .

d. THE TICH KHOI PA DIEN

1. Thé tich khéi chop: |V = éB.h

B: Dign tich mat day.
h : Chiéu cao cua khoi chop.
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2. Thé tich khéi ling tru: B

B : Dién tich mat day.

h : Chiéu cao cua khoi chop. A ¢ A,\_-7j,

Luu y: Ling tru dung co chiéu cao cung la B’ B’
canh bén.
c
3. Thé tich hinh hép chi nhit: 2 a2

T |
| |
| |

= Thé tich khoi 1ap phuong: b = - J____f____

. V., . ! ! !
4. Tiso thé tich: |42 — 54 .SB .SC
Vv SA SB SC

S.ABC

5. Hinh chop cut ABC.A'B'C’

V:%(B+B’+ BB’)

Voi B, B',hla dién tich hai day va chiéu cao.

B. BAI TAP TRAC NGHIEM
Caul. Cho hinh chdp S.4BC c6 day la tam giac déu. Néu ting d6 dai canh day 1én 2 1an va d6 dai
duong cao khong d6i thi thé tich S.4ABC ting 1én bao nhiéu 1an?

A. 4. B. 2. C. 3. D.

N |~

Cau2. (o6 bao nhiéu khoi da dién déu?
A. 4. B.5. C.3. D. 2.
Cau 3. Cho khoi da dién déu {p;q}, chisd p 1a

A. S6 céc canh cia mdi mat. B. S6 mit cua da dién.

C. S6 canh cua da dién. D. S dinh cua da dién.
Cau4. Cho khoi da dién déu {p;q}, chisb g la

A. S dinh cua da dién. B. S6 mat cua da dién.

C. S canh ciia da dién. D. S6 cac mat & mdi dinh.

Cau 5. Tinh thé tich khéi t&r dién déu canh a.

3 3 3
a2 | B.“‘/E- C.d. p. L.
12 4 6
Ciu 6. Cho S.4BCD 14 hinh chép déu. Tinh thé tich khdi chop S.ABCD biét AB=a, SA=a.
3 3 3
a2 c. 2 ‘/5. p. L
2 6 3

Céu7. Cho hinh chépS.4BC ¢6 SA4 L(ABC), ddy ABC 1a tam gidc déu. Tinh thé tich khéi chép
S.ABC biét AB=a, SA=a.

A.

A. &’ B.
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Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

3 3 3
<5 5. ca p. <
12 4 3
Cho hinh chép S.ABCD ¢6 SAL(ABCD), ddy ABCD la hinh chit nhat. Tinh thé tich
S.ABCD biét AB=a, AD=2a, SA=3a.

A.

3

A. @ B. 64’ . B. 24°. D. %
Thé tich khdi tam dién vuéng O.ABC vuodng tai O ¢c6 OA=a, OB=0C =2a la
3 3 3
AL B.L. c. L. D. 24°.
3 2 6

Cho hinh chép S§.4ABC c6 SA vudng goc mat day, tam gidc ABC vuong tai A, SA=2cm,
AB =4cm, AC =3cm . Tinh thé tich khéi chop.

A. %cmS. B. 2—540m3. C. %cm3. D. 24cm’.

Cho hinh chop S.ABCD day hinh chit nhat, S4 vudng goc day, AB =a, AD =2a. Goc gitta
SB va day bang 45°. Thé tich khi chép 1a
3 3 3 3
a2 | B, 20 c. L. p. V2.
3 3 3 6
Hinh chop S.4BCD déy hinh vudng, SAvudng goc voi day, SA =a~/3, AC =a~/2 . Khi d6 thé
tich khéi chop S.ABCD la
3 3 3 3
a2 | B.a\/z- C.‘“/; D.a‘/§~
2 3 2 3
Cho hinh chop S.4ABC ¢ day ABC 1a tam giac vudng tai B. Biét ASAB 1a tam giac déu va
thudc mat phang vudng géc véi mit phang (4BC). Tinh thé tich khéi chop S.4BC bit

AB=a, AC:a\/g.
3 3 3
a'6 B.“\@ C.“‘E-

12 4 6
Cho hinh chop S.ABCD c6 day ABCD 1a hinh thoi. Mat bén (S4B) la tam giac vudng can tai

A.

A.

A.

D. &
4

S va thudc mit phang vudng géc v6i mit phang (ABCD) . Tinh thé tich khoi chép S.4BCD
biét BD=a, AC=a 3.
3 3 3
a3 c. OB p. L.
4 12 3
Cho hinh chop S.ABC ¢6 day ABC 1a tam giac vudng tai 4. Hinh chiéu ctia S 1én mat phing

(ABC)la trung diém H cua BC. Tinh thé tich khdi chép S.ABC biét AB=a, AC=a"3,

A. . B.

SB=av2.
3 3 3 3

A LS. B, 3. . 4% p, L6,
6 2 6 2

Cho hinh chép S.ABCD c6 day ABCD hinh vudng canh a. Hinh chiéu ciia S 1én mit phang
(ABCD)1a trung diém H cta AD. Tinh thé tich khéi chop S.ABCD biét SB :37“.

3 3 3
AL B. . c. L. p. 3%
3 2 2
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Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Hinh chop S.ABCD day la hinh vudng canh a, SD = a\éﬁ . Hinh chiéu ctia S 1én (4BCD) 1a

trung diém H ctia AB . Thé tich khdi chop 1a
3 3 3
“;/5- B.“Tz- C. V12, D.%-

Hinh chop S.4BCD day hinh thoi, AB =2a, géc BAD bang 120°. Hinh chiéu vudng goc cia

A.

S 1én (ABCD) la I giao diém cua 2 dudng chéo, biét SI =%. Khi d6 thé tich khéi chop

S.ABCD la
3 3 3 3
A D2 B, &3 c. OV p, V3.
9 9 3 3
Cho hinh chép S.ABC, goi M, N lan luot 1a trung diém ctia S4, SB. Tinh ti s6 M
S.MNC
1 1
A.4. B. —- C. 2. D. —-
2 4

Cho khdi chop O.4BC. Trén ba canh OA,0B,OC lan luot 1ay ba diém A’,B’,C’ sao cho

204' =04, 40B' = OB, 30C' = OC . Tinh ti s o4z

0.4BC
AL B. . c. - D. .
12 24 16 32

Cho hinh chép S.ABC. Goi («) la mat phang qua A va song song v6i BC. (a) cit SB, SC

lan luot tai M, N . Tinh ti s6 SS—A; biét (@) chia khoi chop thanh 2 phén c6 thé tich bang nhau.

1 1 1 1
A. —. B. —. C. —. D. —.
2 V2 4 242
Thé tich cta khdi lang try tam giac déu co tat ca cac canh déu bang a 1a:
3 3 3 3
RS B, 3. c 2. p, 42,
4 3 3 2

Cho lang truy ABCD.A'B'C'D' ¢6 ABCD 1a hinh chir nhat, 4'A=A'B=A'D. Tinh thé tich
khéi lang tru ABCD.A'B'C'D"' biét AB=a, AD=a/3, A4'=2a.

A. 3a’. B. a. C. 3. D. 34’3

Cho lang tru ABC.A'B'C" ¢6 ABC la tam gidc vudng tai 4. Hinh chiéu ciia 4' 1én (4BC) la
trung diém cia BC. Tinh thé tich khéi ling tru ABC.A'B'C' biét AB=a, AC=a\3,
AA'=2a.

3

3
A. % B. 3% C. &3, D. 3433

Cho lang tru ABCD.A'B'C'D"' ¢6 ABCD la hinh thoi. Hinh chiéu cua 4' 1én (4BCD) la
trong tim cia tam giac ABD. Tinh thé tich khéi ling tru ABCA'B'C' biét AB=a,
ABC =120, Ad'=a.

3 3 3

a2, c 2. D, V2.

A. V2. B.
¢ 6 3 2

Cho ling try ABC.4'B'C". Tinh ti s6 M.

ABCA'B'C'
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Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

1 2

AL B. L. L D.Z.
2 6 3 3
Cho khéi ling tru tam gidc déu ABC.A’B’C’ c6 tat ca cac canh déu banga. Thé tich khéi tir
dién A’BB’C’ la

3 3 3 3
RN B, 3. c. D. —.

12 4 6 12
Lang tru tam gidc ABC.A'B'C’ ¢6 day tam giac déu canha, goc gitta canh bén va mat day bang

30°. Hinh chiéu 4’ 1én (A4BC)la trung diém [ cua BC. Theé tich khoi lang try la
3 3 3 3
N3 B, 3. ALY p, L3,
6 2 12 8
Lang tru ding ABC.A’B’C’ ¢6 day ABC la tam giac vuong tai 4, BC =2a, AB = a . Mat bén

(BB’C’C) 1a hinh vuéng. Khi d6 thé tich lang tru la

C

A.

A.

3
A2 3*6 B. a’\2. C. 243 D. a’\f3.
Cho lang tru ABC.A'B'C'. Goi M, N lan luot la trung diém cia CC' va BB'. Tinh ti s6
VABCMN

VABCAA'B'C'
AL B. L. c.l D.Z.

3 6 2 3
Cho khéi lang tru ABC.A'B'C’. Ti s6 thé tich giita khi chop A'.ABC va khéi lang tru d6 1a
AL B. L. c.l D. L.

4 2 3 6
Cho khéi 1ap phuong ABCD.A'B'C'D’ . Ti s6 thé tich giita kh6éi A4".4BD va khdi 1ap phuong la:
AL B. L. c.l p. L.

4 8 6 3

Cho hinh chép tt giac déu S.4BCD c6 chiéu cao bangh, goc giita hai mit phing (SAB) va
(ABCD)bang ¢« . Tinh thé tich cta khdi chop S.ABCD theo h va « .

3 3 3 3
3h B 4h C 8h D 3h

" 4tan’ o " 3tan’a " 3tan’a " 8tan’ o
Cho hinh chép S.4ABCD c6 day ABCD la hinh vudng canh 2a, canh SB vudng goc voi day
va mit phing (S4D) tao voi ddy mot géc 60°. Tinh thé tich khdi chép S.ABCD .

3 3 3 3
NS B,y =303 c.ySa3 b,y =303

4 8 3 3
Cho hinh lang tru dung ABC.A'B'C' c6 ddy ABC la tam giac vuong tai B, BC =a, mit
phang (4'BC) tao v6i ddy mot goc 30° va tam gidc A'BC c6 dién tich bang a3 . Tinh thé
tich khoi lang truy 4BC.A'B'C".

3 3 3 3
AR g, 303 c. 303 p, 303

8 4 8 2
Cho hinh ling tru ABC.A'B'C"' ¢6 ddy ABC 1a tam giac déu canh banga . Hinh chiéu vudng
goc cia A4' trén (ABC) la trung diém ciia AB. Mt phang (A44'C'C) tao véi ddy mot goc
bﬁng 45° . Tinh thé tich ¥ caa khdi lang tru ABC.A'B'C".

3 3 3 3
Ay =2 B. V=% c.v=>% .y =%
16 8 4 2
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Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cho hinh chép déu S.4BC, géc gilta mit bén va mit phang day (4BC) bang 60°, khoang

cach giura hai duong thang SA va BC bang 23%. Thé tich cua khéi chop S.4BC theo a bang
3 3 3 3

INCAER B, 43 c. a3 p, LV
12 18 16 24

Cho hinh chép déu S.4BCD co day ABCD la hinh thoi tim O, AC =2+3a, BD =2a, hai
mit phing (SAC) va (SBD) cung vudng géc v6i mit phang (ABCD). Biét khoang cach tir

diém O dén mit phang (SAB) bang #. Tinh thé tich cua khéi chép S.ABCD theo a.

3 3 3 3
a3 B V3 c. &3 ALY
16 18 3 12
Cho hinh chop t& gidc déu S.ABCD, O 1a giao diém ctia AC va BD. Biét mit bén cua hinh
chop 1a tam giac déu va khoang tir O dén mit bén 1a a . Tinh thé tich khdi chép S.4BCD theo

A.

a.

A. 2a°\3. B. 44°/3. C. 6a°\3. D. 84°\/3.

Cho hinh chop t&r gide S.ABCD c¢6 SA L(ABCD). ABCD la hinh thang vuéng tai 4 va B
biét AB=2a .AD=3BC =3a. Tinh thé tich khbi chép S.ABCD theo a biét goc giira
(SCD)va (ABCD) bing 60°.

A. 2464 B. 6764’ . C. 2434°. D.6/34 .

Cho hinh chop tit gidc S.ABCD c6 SA L(ABCD), ABCD la hinh thang vuong tai 4 va B
biét AB =2a.AD =3BC =3a . Tinh thé tich khdi chop S.4BCD theo a, biét khoang cach tir

A dén mit phang (SCD) béng¥a .
A. 6364’ . B. 2764’ . C. 234°. D.6\/3a .

Cho lang tru tam giac ABC.4'B'C' co BB'=a, goc gita duong thing BB' va (ABC) bing
60°, tam giac ABC vudng tai C va goc BAC = 60°. Hinh chiéu vudng goc cua diém B' 1én
(ABC) trung voi trong tim cua A4BC . Thé tich cua khéi tu dién 4'.ABC theo a bing
3 3 3 3
A B B. /% c. v p. 29
108 106 108 208
Cho hinh ling try dimg ABC.A'B'C", biét day ABC la tam giac déu canh a. Khoang céch tir

tim O cia tam gidc ABCdén mit phing (A'BC) bang %.Tinh thé tich khdi lang tru

ABC.A'B'C" .
3 3 3 3
NECRER B, 302 c. 32 p, 3492
8 28 4 16
Cho hinh chép tam giac S.4ABC c¢6 M 1a trung diém cua SB, N la diém trén canh SC sao cho
NS =2NC . Ki hiéu ¥,,¥, lan lugt 14 thé tich cta cac khéi chop ABMNCva S.AMN . Tinh ti
s Vi
SO —.
v
A2 B. -1 c.hioo D. 13
£ V, 2 £ £

Trang 11/35



Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

ho NS=2NC, P la diém trén canh S4sao cho PA=2PS . Ki hiéu ¥,,¥, lan luot 1a thé tich

cta cac khoi tir dién BMNP va SABC . Tinh ti sd 5.

2

VLAY B.L_3 ch 2 p. A 1
v, 9 Vv, 4 v, 3 v, 3
Cho hinh chép tir giac déu S.ABCD c6 canh day bang 2a, goc giita hai mit phing (S4B) va
(ABCD)bang 45°, M, N va P lan luot 13 trung diém céc canh S4,SB va AB. Tinh thé tich
V clia khoi tir dién DMNP.
3 3 3 3
Av=L B. V=L c.v==_ D.v==L
6 4 12 2
Cho lang tru ABC.A'B'C' c¢6 day ABC la tam giac vuong can tai B, AC =2a; canh bén
AA'=~2a. Hinh chiéu vudng goc cia A’ trén mit phang (4BC) 1a trung diém canh AC.
Tinh thé tich ¥ cua khéi lang try ABC.A'B'C’.
3 3
Av=Lg B.V=2 C.V=d. D,y Y20
2 3 3
Cho tr dién ABCD c6 cac canh AB, ACva AD do6i mot vudng goc voi nhau. Goi G,,G,,G,va
G, lan luot 1a trong tim cic mit ABC,ABD,ACDva BCD. Biét AB=6a, AC=9a,
AD =12a . Tinh theo a thé tich khéi t dién G,G,G,G, .
A. 4a’ B.d’ C. 108a’ D.364’
Cho tit dién ABCD c6 AB=CD=11m, BC = AD =20m, BD = AC =21m . Tinh thé tich khéi
tir dién ABCD.
A. 360m’ B. 720m’ C. 770m’ D. 340m’
Cho hinh chép tir gide S.ABCD c6 day la vudng; mit bén (S4B) la tam giac déu va nim trong
mit phiang vudng goc véi ddy. Biét khoang cach tir diém A dén mit phang (SCD)bang
”77“ . Tinh thé tich ¥ cuia khdi chép S.4BCD
3
AV=Ls B.V=d. c.v=2a. Dy =%
3 3 2
Cho ti dién S.ABC, M va N 1a cac diém thudc cic canh SA4 va SB sao cho MA=2SM ,

SN =2NB, (a)la mit phang qua MN va song song véi SC. Ki hiéu (H,)va (H,) la cac
khoi da dién c6 dugc khi chia khoi tir dién S.4BC bdi mit phang (), trong d6, (H,)chira

diém S, (H,) chaadiém 4; V, va V, lan luot 14 thé tich cia (H,) va (H,). Tinh ti sb ;

2

Al B. > c.2 p. 2

5 4 4 3
Cho hinh chép S.4BC c6 chan duong cao nam trong tam gidc ABC ; cac mat phiang (S4B),
(SAC) va (SBC) clng tao v6i mit phang (4BC) cac goc bing nhau. Biét 4B =25, BC =17,
AC =26 ; duong thing SB tao voi mat day mot goc bang 45°. Tinh thé tich ¥ ciia khdi chop
S.ABC.
A.V =408 . B.V =680. C.V =578. D.V =600.

C. PAP AN VA HUONG DAN GIAI BAI TAP TRAC NGHIEM

1-DAP AN 7.4

(1234|567 [8]9]1o]11]|12]13]14]15[16]17]18]19]20]|

Trang 12/35



(alBlajpjafcfafcfajalB|D[A[C|C[A[A[D|A|B]

21122123124 (25(26(27 (28|29 |30|31|32|33|34|35|36|37|38|39]40
B/IAJlA|B/D/IC|lA|D/ D/A|C|C|B|C|D|/A|D|ICJAJA

41 |42 143 |44 |45 |46 |47 |48 (49 |50 |51 52|53 |54 |55|56|57 585960
B/ID DICIA|lA|C|A|/A|D|A|B

I1 —-HUONG DAN GIAI
NHAN BIET — THONG HIEU

Caul. Cho hinh chop S.4BC c6 day la tam giac déu. Néu ting d6 dai canh day 1én 2 1an va d6 dai

duong cao khong d6i thi thé tich S.4ABC ting 1én bao nhiéu 1an?

A 4. B. 2. C.3. D.%.
Huwéng din gidi:

Khi d6 dai canh day ting 1én 2 lan thi dién tich ddy tang 1én 4 lan.

= Thé tich khéi chép ting 1én 4 lan.

Cau2. Cob bao nhiéu khoi da dién déu?

A 4. B.5. C. 3. D. 2.
Huwéng din gidi:

C6 5 khdi da dién déu 1a: tir dién déu, hinh 1ap phuong, khdi 8 mat déu, khdi 12 mat déu, khdi

20 mat déu.

Cau 3. Cho khoi da dién déu {p;q}, chisd p 1a

A. SO cac canh cua moi mat. B. S6 mat cua da dién.
C. SO canh cua da dién. D. S6 dinh cua da dién.

Cau4. Cho khoi da dién déu {p;q}, chisd g la

A. S6 dinh cua da dién. B. S6 mit cua da dién.
C. S canh ciia da dién. D. S6 cac mat & mdi dinh.

CAu5. Tinh thé tich khdi t& dién déu canh a.

N1 LT

12 4

A.

3
C.a. D. a.
6

Huéng din giai:
Goi ttr dién ABCD déu canha .
Goi H la hinh chiéu cua 4 1én (BCD).

Taco: BH :ﬁ
3
— AH =~ AB* — BH? = ‘“f
a*\3 W2
SABCD = 4 VABCD = 12

Cau 6. Cho S.4BCD la hinh chép déu. Tinh thé tich khdi chép S.ABCD biét AB=a, SA=a.

3 3 3
a2 c. a2 D. L
2 6 3

Huwéng din gidi:

A. a’ B.
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Goi H 1a hinh chiéu cua S 1én (ABCD)

Tacé: AH =2Y2
2
— SH =~/SA> — AH? = “‘2/5
a2
SABCD =a’ = VS.ABCD = T

Cho hinh chép S.ABC ¢6 SA L(ABC), ddy ABC 1a tam gidc déu. Tinh thé tich khéi chop
S.ABC biét AB=a, SA=a.

A EY3 B O3 C.d. . L
12 4 3
Huéng din giai:
Saase = aZ\/g ;
4
= Vs apc = & .
‘ 12
A Q C
B

Cho hinh chép S.ABCD ¢6 SA L(ABCD), ddy ABCD la hinh chit nhat. Tinh thé tich
S.ABCD biét AB=a, AD=2a, SA=3a.

3
A. & B. 64°. B. 24°. D. %

Huéng din giai:

- —n,2 _n 3
Supep =2aa=2a" =V 0 =2a

Thé tich khdi tam dién vudng O.ABC vudng tai O c6 OA=a, OB=0C =2a 1a

2a3 3 3

AL B.Z. c.=. D. 24°.
3 2 6
Hwéng din gidi:
A
1 >
Sosc = EOB.OC =2a
h=0A=a
I 24" O~ ¢

= VOAABC = EOA ) SOBC = T
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Cau 10. Cho hinh chép S§.4BC c6 SA vudng goéc mat ddy, tam gidc ABC vuong tai A, SA=2cm,
AB =4cm, AC =3cm . Tinh thé tich khéi chop.

A. Ecnf. B. ﬁcm3. C. ﬁcm3. D. 24cm’.
3 5 3
Huéng din giai:
S
1 2

S e ZEAB.AC =6cm

h=SA=2cm AL C
=V upc = %SA S gpc = %cm3

B
Cau 11. Cho hinh chép S.ABCD day hinh chit nhat, SA vuong goc day, AB =a, AD =2a. Gbc giira

SB va day bang 45°. Thé tich khéi chop 1a

3 3 3 3
A 9V2 B 24 c 9 p. 4Y2
3 3 NE) 6
Hwéng din gidi:
S4 = AB.tan(45°) —a
S pep =a2a=2a’
1 24°

= VS.ABCD = ESA‘SABCD = T

Cau 12. Hinh chop S.ABCD day hinh vudng, SAvudng goc véi day, SA =a/3, AC =a~/2 . Khi d6 thé
tich khéi chop S.ABCD la
3 3 3 3
a2 | B.a\/z- C.“‘E D.a‘/§~
2 3 2 3
Huéng dan giai:

A.

{SA =a\3

AB = AC.cos(45")=a= S ;0 =d’

1 a3\/§
3

= VS.ABCD = ESA'SABCD =

Céu 13. Cho hinh chop S.ABC ¢6 day ABC 1a tam giac vudng tai B. Biét ASAB 14 tam giac déu va
thugc mat phang vudng goc véi mit phing (ABC). Tinh thé tich khdi chop S.4BC biét

AB=a, AC=a\3.
3 3 3
a\@ B.a\@ C.a\/i'

12 4 6
Huéng din giai:

A.

D. &
4
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Cau 14.

Cau 15.

AABC vudngtai B = BC =\ AC*— AB* = a2 .

S
1 a*\2
Ssc =—BA.BC =
AABC 2 2
Goi H latrung diém AB = SH :&
3 2 AT C
Ta c6: ASAB déu = SH 1 AB
= SH L (ABC)(vi (S4B) L (4BC)). H
B
1 a6

= VS.ABC ZESH'SAABC = 12

Cho hinh chop S.ABCD c6 day ABCD 1a hinh thoi. Mat bén (S4B) la tam gidc vudng can tai
S va thudc mit phang vudng géc v6i mit phang (4BCD). Tinh thé tich khdi chép S.4BCD
biét BD=a, AC=a 3.

i3 o
4 V)
Hwéng din gidi:

A. a’. B.

. <.
3

Goi O la giao diém cua AC va BD.
ABCD 1a hinh thoi = AC 1 BD,

O la trung diém cua AC, BD.
AABO vuong tai O

= AB=+A0*+0OB* =a.

1 azx/g

SABCD :EACBD: 2 B

Goi H la trung diém AB. ASAB vudng can tai S canh AB=a = SH =

a
>

Ta c6: ASAB can = SH 1 AB = SH L (ABCD) (vi (SAB) L (ABC)).

1 a3\/§

= Vs.aneo =35 S pcp =

Cho hinh chép S.ABC c6 ddy ABC 1a tam giac vudng tai 4. Hinh chiéu cia S 1én mat phing
(ABC)la trung diém H cta BC. Tinh thé tich khéi chop S.4BC biét AB=a, AC=a /3,
SB=a\2.

3 3 3 3
A.“*@ B.“‘B- C.“‘E D.a\%-

6 2 6 2

Huéng din giai:
S
AABC vubng tai A
— BC =+ AC? + AB* =2a.
1 az\/g

SAABC=5AB'AC: > . B&----- A
SH =~/SB>-BH” =a. H
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Cau 16.

Cau 17.

Cau 18.

a3
.

1
= Vs apc = ESH'SAABC ==
Cho hinh chép S.4BCD c6 day ABCD hinh vudng canh a. Hinh chiéu ciia S 1én mit phang
(ABCD) la trung diém H cta AD . Tinh thé tich khoi chép S.4ABCD biét SB :37“.

3 3 3
AL B. &’. c. L. p. 2%
3 2 2

Huéng din giai:
AABH vudng tai A

— BH =~ AH? + AB® =$.
SH =+/SB*> —~BH* =a.

2
Spep=0a" .

1 a’ D
= Vs apep = ESH'SABCD = ?

Hinh chop S.ABCD day la hinh vudng canh a, SD = axéB . Hinh chiéu ciia S 1én (4BCD) la
trung diém H ciia AB . Thé tich khdi chop 1a
3 3 3
A SN2 B. 2. C. a2, D. .
3 3 3
Huéng din giai:
Sipep = a’

2
HD? = AH? + AD* :5%

2 2
— SH =~/SD* — HD? = BT"—SL —a\2

4

1 a3\/§
—3 )

= VS.ABCD = ESH‘SABCD =

Hinh chop S.4BCD day hinh thoi, 4B =2a, goc BAD bang 120°. Hinh chiéu vudng goc cua
S 1én (ABCD) la I giao diém cua 2 dudng chéo, biét SI =%. Khi d6 thé tich khéi chop

S.ABCD la
3 3 3 3
A N2 B V3. c. N2, D, £Y3.
9 9 3 3
Hwéng din gidi:
si=2
2

S spep = AB.AD.sin BAD =23

1 a3\/§
3

= VS.ABCD = ES]'SABCD = 5
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Ciu 19. Cho hinh chép S.ABC, goi M, N lan luot 14 trung diém cua S4,SB. Tinh ti s6 M

S.MNC
1 1
A.4. B.E- C. 2. D.Z-
Huéng din giai:
S
M
Vsape _ 54 5B _,
Veuve SM SN p :

Ciau 20. Cho khéi chop O.4BC. Trén ba canh O4,0B,OC lan luot lay ba diém 4’,B’,C’ sao cho

204' = 04, 40B' = 0B, 30C' = OC . Tinh i s 1245

0.4BC
AL B. . c.L. D. .
12 24 16 32

Huwéng din giai:

Ta co:
OA' 1 OB’_l. OC'_l

o4 22 0B 4 oC 3
Voywe OA OB OC' 111 1

T 04 OB OC 2 43 24

VO,ABC

Cau 21. Cho hinh chép S.ABC. Goi («) la mit phing qua 4 va song song véi BC. (a) cit SB, SC

1an luot tai M, N . Tinh ti sb i—]\; biét (a) chia khéi chép thanh 2 phan c6 thé tich bang nhau.

]
C. -, ) .
4 22

Huwéng din giai:

1 1
A, —. B. —.
2 7
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Ta co: MN//BC = i—M _SN

B SC
2
Ta co: Vs.amv :SﬂS—N:(S—M]
Ve ye SB SC \ SB

A C
Ta co: lejS—M: !

VS.ABC 2 SB \/5

Cau 22. Thé tich ctia khdi lang tru tam gidc déu c6 tit ca cac canh déu bang a 1a:

Cau 23.

Cau 24.

3 3 3 3
INERER B, 3. . N2 p, Y2,
4 3 3 2
Hwéng din gidi:
A’ C'
h=a a
a’\3
2 =>V=hS=
RG] 4
4 A C

B
Cho liang try ABCD.A'B'C'D' ¢6 ABCD la hinh chit nhat, 4'A= A'B= A'D. Tinh thé tich

khéi lang tru ABCD.A'B'C'D"' biét AB=a, AD=a/3, A4'=2a.
A.3d. B.d’. C. 3. D. 34’3
Hwéng din gidi:

Goi O 1a giao diém ciia AC va BD.
ABCD 14 hinh chir nhat = O4 = OB = OD
Ma A'A=A'B=A'D nén A'O L(A4BD) (vi
A'O 1a tryc tdm gidc ABD )

AABD vudng tai A4

= BD =\ AB* + AD* =2a

= 04=0B=0D=a

AAA'O vudng tai O

= A'0=+A4"- 40* =a\3

S pep = AB.AD = a* 3

14

_ ' _ 3
iscoapcp = A0S pop =3a”.

Cho lang tru ABC.A'B'C"' ¢6 ABC la tam giac vuodng tai A. Hinh chiéu ciia 4' 1én (ABC) la

trung diém cia BC. Tinh thé tich khéi ling tru ABC.A'B'C' biét AB=a, AC=a3,
AA'=2a.

3 3
A. % B. % C. &3, D. 34’3

Huéng din giai:
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Goi H 1a trung diém cua BC
= A'H L (4BC).

ABC la tam giac vudng tai 4
= BC =\ AB’ + AC® =2a
:>AH=%BC:(1

AA'AH vuong tai H

= A'H =\ 44" AH* = a 3

1 azx/g
2

SAABC = EABAC =

. 3a’
VABCA'B'C' =4 H'SABC = T .

Cau 25. Cho lang tru ABCD.A'B'C'D' ¢6 ABCD 14 hinh thoi. Hinh chiéu cia 4' lén (ABCD) 1a
trong tdm cua tam giac ABD. Tinh thé tich khéi ling tru ABCA'B'C' biét AB=a,
ABC=120", Ad'=a.

3 3 3
a2 c. 2. p. 42,
6 3 2

Huwéng din gidi:

A. a3\/§. B.

Goi H la trong tam cua tam giac ABD
= A'H 1 (ABCD) .

Ta c6: BAD =180° — 4BC = 60".
Tam gidc ABD cén co BAD =60

nén tam giac ABD déu.

a3

ABD 1a tam giac déu canh a = AH = r

a6

AA'AH vuong tai H = A'H =~ AA" - AH? =

N3 a3 v a’N2

S ipep =28 45 =2 4 T: uscpapcp = A HS e = T
Ciu 26. Cho lang try ABC.A'B'C". Tinh ti sb Ve
ABCA'B'C’
AL B. L. L p. 2
2 6 3 3
Huwéng din gidi:
Ta c6: BB'C'C la hinh binh hanh A' C'
1 1 NN
= SBB'C' = ESBB'C'C = V/LBB'C' = EVA.BB'C'C
N 1
Taco: V, jpe = EVABCA'B'C' A C
2
=>Viscee =Viscase —Vigpe = EVABCA‘B'C' B
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1 VABB'C‘ — 1

= VABB'C' = _VABCA'B'C'

=
3 VABCA'B'C' 3
Céau 27. Cho khéi ling tru tam gidc déu ABC.4’B’C’ c6 tit ca cic canh déu banga. Thé tich khi tir
dién A’BB’C’ 1a
a3\/§. Bas\/g. Caz\/g. a3'
12 T4 T 6 12

Huéng din giai:

A.

B

Cau 28. Lang try tam gidc ABC.4'B'C’ c6 day tam giac déu canha, goc giita canh bén va mat ddy bang
30°. Hinh chiéu 4' 1én (ABC)1a trung diém 7 cua BC. Theé tich khéi lang try la
a*\3 a’f3 a*\3
. B. . C. .
6 2 12 8
Huéng din giai:

A.

1N
(%)
(O8]

Al = Al.tan(30°) _ON2 N

a’\3

4

SABC =

Cau 29. Lang tru ding ABC.A’B’C’ c6 day ABC la tam giac vuong tai A, BC =2a, AB = a . Mat bén
(BB’C’C) 1a hinh vudng. Khi d6 thé tich lang try 1a

3
ALY f B. a’\2. C. 2433, D. 3.

Hwéng din gidi:
A C'

h=BB =2a v
AC =+/BC* - 4B* =a 3
1 a*\3

=S —AB.AC =

4ABC = > ) A C
=V iperpce =BB'S 50 = as\/?
B
Cau 30. Cho lang tru ABC.A'B'C'. Goi M, N lan luot la trung diém cia CC' va BB'. Tinh ti s6
VABCMN .
VABC.A'B'C'
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AL B L. L .2
3 6 2 3
Huéng din giai:
Ta c6: BB'C'C l1a hinh binh hanh B A'
1
= SBCMN = ESBB'C'C
1
=V, semv = 5 Visscc M
. 1
Ta Co: VA.A'B'C' = EVABCA'B'C'
2 A
= VA.BB'C'C = VABCA'B'C' - VA.A'B'C' = EVABCA'B'C' B
V 1
= VAABCMN = EVABCA'B‘C' = Vluﬂ = 5
ABCA'B'C' C
Cau 31. Cho khdi ling tru ABC.A'B'C". Ti s6 thé tich giita khdi chop A".ABC va khdi lang try d6 1a
AL B L. c. Ll p. L
4 2 3 6
Huéng din giai:
A' C'

1 , 1 g
Viase = EAA 'SABC = EVABC.A’B'C'

V, 1
— A4BC 1

VABC.A’B'C' 3 A C
B
Cau 32. Cho khbi lap phuwong ABCD.A'B'C'D’ . Ti s6 thé tich giita khi A ABD va khdi lap phuong la:
Al B. L. c.l .1
4 8 6 3
Huwéng din giai:
1, Al .
Vi asp = EAA S 18D B’ : C' b
1,1 r :
:EAA EABADZEAA ’SABCD i
1 ,zl* ““““ "D
= g Visepawcn A
B C
= VA’.ABD _ l

VABCDAA’B’C’D’ 6
VAN DUNG THAP
Cau 33. Cho hinh chép tir giac déu S.4BCD c6 chiéu cao bangh, goc giita hai mat phang (SAB) va
(ABCD)bang ¢ . Tinh thé tich ctia khdi chop S.ABCD theo & va « .
3 3 3 3
. 3h2 : B. 4h2 . C. 8h2 . D. 3h2 .
4tan” o 3tan” 3tan” 8tan”
Huéng din giai:

Goi O 1a tam cua mat day thi
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Cau 34.

Cau 35.

SO L mp(ABCD). Tit d6, SO la duong

cao cua hinh chop.Goi M 1 trung diém
doan CD.
Ta co:
CD 1 SM c (SCD)
CD L OM c (ABCD) = SMO=a.
CD =(SCD)N(ABCD)

Vo= %.SABCD,SO,' B = Suscp = AB?; Tim AB: AB = 20M
., N o . (0] h h
Tam gidc SOM vudng tai tai O, tacd: tang = —= —— = OM = .
OM OM tan o
2 2
= AB = h . Suy ra: B = S4pcp = 4}2 .80 = h.
tan @ tan” o
an’ an’
Vay Vsapcp = —.——.h = —.
3 tan" o 3tan”

Cho hinh chép §.4BCD c6 day ABCD la hinh vudng canh 2a, canh SB vudng goc voi day
va mit phing (S4D) tao voi ddy mot géc 60°. Tinh thé tich khdi chép S.ABCD .

3 3 3 3
A.V=3“4*/§. B.V=3“8‘/§. C.V=8“3‘/§. D.V=4“3*/§.

Hwéng din gidi:

. |AD L 4B

Ta co:
AD 1 SB

= AD 1 (SAB)= AD 1 SA.
= SAB = 60" .
Suscp = 4a°.
Xét tam giac SAB tai vudng tai B, ta co:
SB = ABtan 60° = 2a+/3 .

84°\/3

3
Cho hinh lang try ding ABC.A'B'C' c6 ddy ABC la tam giac vudng tai B, BC =a, mat
phing (A'BC) tao véi ddy mot goc 30° va tam gidc A'BC c6 dién tich bang a*/3 . Tinh thé
tich khdi lang try 4BC.A'B'C".

a3 3d°\3 3a°\3 3d°\3

A. . B. . C. . D. .
8 4 8 2

Huéng din giai:

Vay V = %.4512. 2a3 =
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V= Bh = SapcaBc.AA’. A’ ok
{BC 1 4B

= BC L1 AB. AN
BC 1 A4 AN

BC 1 AB c (ABC) N
Va{BC 1L A'Bc(A'BC) N
BC =(ABC)n(A'BC) A

= ((4BO).(4'BC)) =(4B. 4'B) = 4BA .

Ta C(,): ________ 3 _O?’ ——————————————
1
SAA'BC = EA’BBC -

2.8, 5 243

= A'B= — _ 261\/5
BC a
AB=A'B.cos ABA' = 2a~/3.c0830° =3a; AA' = A'B.sin ABA' = 2a+/3.5in30° = a3
3
Viscaower =Bh=S 5044 = %AB.BC.AA' = %-3(1.(1.61\/_ = 3a2\/§ :

Cau 36. Cho hinh ling try ABC.4'B'C"' ¢6 ddy ABC la tam gidc déu canh banga . Hinh chiéu vudng
goc clia A' trén (ABC) 1a trung diém cia AB. Mt phang (44'C'C) tao véi ddy mot goc
bang 45°. Tinh thé tich ¥ ctia khdi ling tru ABC.4'B'C".

3a’ 3a’ 3a’ 3a’

A V=2 B.V="oo C.v=" D. V=2,
16 8 4 2

Huwéng din giai:

GoiH M, 1 lan luot la trung diém
cua cac doan th?ing AB, AC, AM.
VABC.A'B'C' = SAABC'A'H .
a3
Sassc = T
Ta c6 IH la duong trung binh cta tam giac
AMB , MB la trung tuyén cuia tam giac déu
ABC.

, |IH /| MB
Do do: =IH | AC
MB 1 AC

AC L A'H

{ACLIH
AC L IH < (ABC)

Ma: { AC L A'[ < (ACC'A") = A'IH 1a gbc gira hai miit phing (A44'C'C) va
(ABC)N(ACC'A") = AC

= AC L(A'HI)= AC L A'I

(ABCD) = A'IH = 45°

) n . , A'H o

Trong tam gidc A'HI vuong tai H, ta co: tan45°:?:> A'H =1H .tan45° .
2 3
=1H=1MB=—“‘/_ Vay 7 =2 3 a3 _3a
2 4 4 16
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Cau 37.

Cau 38.

Cho hinh chép déu S.4BC, géc gilta mit bén va mit phang day (4BC) bang 60°, khoang

cach giura hai duong thang SA va BC bang 23%. Thé tich cua khéi chop S.4BC theo a bang
3 3 3 3

INCAER B, 43 c. a3 p, LV
12 18 16 24

Hwéng din gidi:
Goi M la trung diém cua BC.
Trong mp(SAM), Ké MH | SA,(H € SA).
_|BC L AM
Ta co:
BC 1 SO

Do d6 MH 1a duong vudng goc chung cia SAva BC.

= BC 1L (SAM )= BC L MH .

Suy ra MH =% Ta c6: SM L BC = ((SBC),(ABC)) = SMA = 60"

27

bat OM =x= AM =3x,04=2x.
= SO = OM .tan 60° = x+/3 va

‘S’A:\/(x\/g)2 +(2x)2 =x7.

Trong aSAM ta co:
SA.MH = SO.AM

a .

@xﬁ.;—a7=xx/§.3x<:>x:—

V7 243

Khi

232
1 1 &*3 a az\/g
VS.ABC :E'SAABC-SOZE_ 4 .5: 24

Cho hinh chép déu S.4BCD co ddy ABCD 1a hinh thoi tim O, AC =2+3a, BD =2a, hai
mit phiang (SAC) va (SBD) cing vudng géc véi mit phang (ABCD). Biét khoang cach tir

diém O dén mit phing (SAB) bang #. Tinh thé tich cua khéi chop S.4BCD theo a.

3 3 3 3
INCAER B, L3 c. 43 p, 43
16 18 3 12
Huéng din giai
Ta c6 tam giac ABO vudng tai O va

A0=a 3,

BO=a.Dodod

A0 _ 3~ tan60° = 4BO = 60".
BO

Suy ra AABD déu.

Ta

co:
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Cau 39.

Cau 40.

(S4C) L(A4BCD)
(SBD) L(A4ABCD) = SO L(ABCD
(SAC)N(SBD)= SO

Trong tam gidc déu ABD, goi H la

trung diém AB,

K 1a trung diém BH,

suyra DH 1 AB va DH =a~/3; OK//DH va OK=%DH=§.

Suyra OK L AB= AB 1 (SOK).

Goi I 1a hinh chiéu cua O 1én SK, ta

c6:0I L SK; AB L OI = OI 1 (SAB).= OI =d| 0; (S4B)].

Tam giac SOK vuong tai O, Ol 1a duong cao: — = ! -+ ! > =80 = a
oI~ OK- SO 2

1 1 11 a3
3

Vinco =5 Saisco SO0 =7 48,3050 =~ 4.2 04.0B.50 =

Cho hinh chop t& gidc déu S.ABCD, O 1a giao diém ctia AC va BD. Biét mit bén cua hinh
chop 1a tam giac déu va khoang tir O dén mit bén 1a a . Tinh thé tich khdi chép S.4BCD theo

a.

A. 2a%3. B. 44’3, C. 6a°\3. D. 84°/3.
Hwéng din gidi:

Goi M la trung diém cua CD,

trong ASOM ké dudng cao

OH .

= OH 1 (SCD)=OH =a.
bat CM =x.Khi d6 OM = x,
SM =xv3,

SO=~SM*>-x* =x2.

Ta c6: SM.OH = SO.0OM

=X 3.a=x\/§.x:>x=¥

— CD =a 6,50 =a3 B*
1 1 5 1 5 X
Ve isep = g.SABCD.SO = 5.CD SO = g.6a a3 =243

Cho hinh chop tir gide S.ABCD c¢6 SA L(ABCD). ABCD 14 hinh thang vuéng tai 4 va B
biét AB=2a .AD=3BC=3a. Tinh thé tich khéi chop S.ABCD theo a biét goc giita
(SCD)va (ABCD) béng 60°.

A. 2464° . B. 664’ . C. 2434°. D.6\34°.
Huwéng din giai:
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Cau 41.

Cau 42.

Dung AM L CD tai M .
Ta cb: SMA=60" .

M.AB=4¢12

S ABCD —

CD=\[(AD=BCY + 4B’ =242

S pe = %AB.BC =a’

. A2
Saco =Sascp —Ssc =3a

S\p =L AM.CD = AM :mﬂ:ﬂa
2 cD 2
— 1
Ta c6: SA= AM .tan SMA = %a Ve =5 SAS iyco = 2464’

Cho hinh chop tir gide S.ABCD ¢6 SA L(ABCD), ABCD 14 hinh thang vuéng tai 4 va B
biét AB=2a.AD =3BC =3a . Tinh thé tich khdi chép S.ABCD theo a, biét khoang cach tir

a.

A dén mit phiang (SCD) bang 31{6

A. 6364’ B. 264’ C. 2\3d’.
Huéng din giai:

S

D.6\34° .

Dung AM L CD tai M .
Dung AH 1 SM tai H.

36

Tacd: AH=——a
4

M.AB:mf

S ABCD —

CD=\[(AD=BCY + 4B> =2a\2

S g = %AB.BC =a’

_ a2
Saco =Sapep —Spc =3a

S \p == AM.CD = AM =2Sﬂ=£a
2 CD 2
Ta co: ! ! = AS = AH AM = 3\/6 a

= +
AH?*  AM? AS?

1
Vs apep = ESA'SABCD = 2\/6‘13

AM?* — AH? 2

Cho lang tru tam giac ABC.4'B'C' co BB'=a, goc giua duong thing BB' va (ABC) bang
60°, tam giac ABC vudng tai C va goc BAC = 60°. Hinh chiéu vudng goc cua diém B' 1én
(ABC) trung voi trong tim cua AABC . Thé tich cua khoi tu dién A4'.4BC theo a béng
154’
" 108
Huwéng din giai:

134°
" 108

7

T 106

9’

" 208"
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Goi M,N la trung diém cua AB, AC B’ C’
va G la trong tim cua AABC.

B'G L(4BC) =(BB'(4BC))=B'BG=60".

1 1
Ve =5 Sue B'G=—-ACBCE'G
60°

Xét AB'BG vuong tai G, co Z?B\G =60’ B ¢
a3

= B'G= - (nira tam giac déu) 60°

Dit AB = 2x . Trong AABC vudng tai C ¢6 BAC = 60°
= tam giac ABC la nua tam giac déu = AC = % =x, BC=x\3

Do G la trong tim AABC:BN:%BG:3—a.

4
Trong ABNC vuéng tai C: BN’ = NC* + BC?
3a
AC =
9a> ¥’ 5 , 94’ 3a 213
> = 43 x ox =—x=——>
16 4 52 213 3a\/3
BC =
213

l 3a 3a\/§ a\/§_9a3
6 213 24137 2 208"

Cau 43. Cho hinh ling try ding ABC.A'B'C", biét ddy ABC la tam gic déu canh a . Khoang cach tir

Vay, Vs =

tim O cia tam gidc ABCdén mit phing (A4'BC) bang %.Tinh thé tich khéi lang tru

ABC.A'B'C" .

3 3 3 3
A.3a\/5‘ B.3a\/§. C.3a\/§. D.3a\/§.

8 28 4 16

Huéng din giai:

Goi M la trung diém cua BC, A'\ c
tacé (4'AM ) L(A'BC) theo giao tuyén \
A'M .

Trong (4'AM) ké OH LA'M (He A'M).
= OH 1 (A4'BC)

Suy ra: d(O,(A'BC))zOH =%.
'3
SAABC:aT‘

Xét hai tam giac vuong A'AM va OHM c6

goc M chung nén ching dong dang.
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Cau 44.

1(1\/5

Suvra O _ ___3 2 L _ V3
uy ra: = = = = = )
A'A A'M  A'A A" A% + AM? A'A NE) 2
A'Az{“ 3}
2

@)
8§
@)
<
RS

a6

= A'A= YR Thé tich: Ve g = Spppe-A' A=

a6 Clzx/§ B 342
4 4 16
VAN DUNG CAO
Cho hinh chép tam gidc S.ABC c¢6 M 1a trung diém ctia SB, N 1a diém trén canh SC sao cho

NS =2NC. Ki hidu V;,¥, 1an lugt 1a thé tich ctia cac khdi chop 4.BMNCva S.AMN . Tinh ti

)
SO —.
v
ALz B. -1 c. b D. 13
£ v, 2 £ £
Huéng din giai
S
Vsay _SM SN 12 1,
Ve e SB SC 23 37
N
Vs.ow ¥ Vamve =Vs.apc -
Suy ra, Vimme _ 2.
S.AMN A C

Ciu 45. Cho hinh chép tam giac S.ABC ¢6 M 1a trung diém ctia SB, N 1a diém trén canh SC sao cho

NS =2NC, P la diém trén canh S4sao cho PA=2PS . Ki hi¢u V;,V, lan luot la thé tich cta

cac khoi tir dién BMNP va SABC . Tinh ti sb ;
2
_3 c. 2 D.
4 v, 3
Huéng din giai

A. B.

=
W | —

SN

1
>

o=

Trang 29/35



Cau 46.

Cau 47.

1
J AN, (SAB)) S,

Ve sas ;-d(C,(SAB)) S ’ P

VN BMP _

d(N,(S4B)) NS 2
d(C,(SAB)) CS 3

SBPM = E SBPS

B

Cho hinh chép tir giac déu S.ABCD c6 canh day bang 2a, goc giita hai mit phing (S4B) va
(ABCD)bang 45°, M, N va P lan luot I3 trung diém céc canh S4,SB va AB. Tinh thé tich
V ctia khoi tir dién DMNP.

a’ a’ a a

AV =— B.V=— C.V=— D.V=—
6 4 12

Huwéng din giai

Ta co: Ssux :S—M 5 :l
S, SA SB 4

S
Tuong ty, -2 =

S4B

_1L
7

Ly
4’

Suy ra S 1 (c() thé khéng dinh

S4B

Suve _ 1 nho hai tam giac MNP va BAS

S4B

. s L X 1
1a hai tam gidc dong dang v&i ti s6 k = 5 ).

Do d6 Vosw 1 (1)
psiz 4
1
Vosiz =Vspas = EVSABCD' (2)
1 1 o 4qa’ . \ 114 a’
VSAABCD = ESO'SABCD = 50Ptan45 'SABCD = T (3) Tu (1), (2) va (3) VDMNP = ZET = Z .

Cho lang tru ABC.A'B'C' ¢6 day ABC la tam giac vuong can tai B, AC =2a; canh bén
=+/2a. Hinh chiéu vuong goc cia 4" trén mat phang (4BC) la trung diém canh AC.
Tinh thé tich ¥ cua khéi lang try ABC.A'B'C’.

1 a’ _ \/§a3

AV ==a. B.V=—. C.V=d. D. V=
2 3 3

Huwéng din giai
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Cau 48.

Cau 49.

Vi ABC la tam giac vudng can tai B nén trung
tuyén BH ciing 1a duong cao cia no, va c

HB=HA=HC=%AC=a. "

AH=AAA —AH? =\2d* -a* =a.

1 a
Viscage =A'H-S 5o = A'H 'EBH CAC=d°

Cho tir dién ABCD c6 cac canh AB, ACva AD d6i mot vudng goc voi nhau. Goi G,,G,,G,va
G, lan luot 1a trong tdm cac mit ABC,ABD,ACDva BCD. Biét AB=6a, AC=9a,
AD =12a . Tinh theo a thé tich khéi t dién G,G,G,G, .
A. 4a° B.4’ C. 1084’ D.364d’

Huéng din giai
Trong trudng hop téng quat, ta
ching

. 1
minh duoc VGIG26364 :EVABCD .

That vay,
ta co (G,G,G,) || (CBA) va
2G,G,G,) ~aCBA (ti s6 dong dang
S
k:l) Tirde: 0%e g2 2L o
3 SCBA 9
d(G,,(G,G,G,)) =d(G,,(4BC))

_ %d(D, (4BC)) (do G,M = %DM) 5

Suy ra VG]G2G3GA — d(Gl 5(G2G3G4 )) ) SGZG3G4 _

11 1
Visco d(D,(4BC)) S, 39 27
1 1 1

-E.AB.A C.AD =44’

VGIGZG3G4 =2_7 ABCD =2_7
Cho tir dién ABCD ¢6 AB=CD=11m, BC = AD =20m, BD = AC =21m . Tinh thé tich khéi
tir dién ABCD.

A. 360m° B. 720m° C. 770m’ D. 340m’
Huwéng din giai
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Cau 50.

Dung tam gidc MNP sao cho C,
B, D lan luot 1a trung diém cac
canh MN, MP, NP.

Do BD la duong trung binh tam

gidc MNP nén BD =%MN hay

AC = lMN :

2
Tam gidc AMN vudng tai A (do
c6 trung tuyén bang mot nua
canh tuong ung), hay

AM 1 AN . Tuong tu,
AP 1 AN va
AM 1 AP.
, 1 1 1
Taco S, :ZSMNP9 Syep :ZSMNP s Seep :ZSMNP Suyra Sg., :ZSMNP'
1 AM AN AP ¥ by =420
Tw do, |V gep ==V ymp|- Pt x=——7,y=—-,z=—-.Taco Y +z2 =421,
4 m m m . 5
x +z°=4.11
x> =160
suy ra { y*> =1440 = %xyz =1440=V 50 = iVAMNP =360m’
z* =324

(AM, AN, AP d61 mot vuong géc nén V. = %AM AN .AP)

4 =%\/(a2 +b’ =)@ —b* +c)(—a> + b +cP)

Cho hinh chép tir gidc S.ABCD c6 day 1a vudng; mit bén (SAB) 1a tam giac déu va nam trong
mit phing vudng goc voi ddy. Biét khoang cach tir diém 4 dén mit phang (SCD)bang

3ﬁa
7

. Tinh thé tich V' ctia khdi chép S.ABCD

A.V:§a3. B.V=a. C.V:§a3. D.V=—o.

Huwéng din giai
Goi H 1a trung diém 4B, suy ra SH 1a
chiéu cao khdi chép da cho.
Ki hiéu x la d dai canh day.

V3

. 3,
Ta co SHZTx va Vg sep :?x .

K¢ HK L CD (K € CD);
K¢ HL 1 SK (Le SK).
Suyra HL L (SCD) va
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Cau 51.

Cau 52.

d(4,(SCD)) = d(H,(SCD))
HS-HK 21

= X
VHS? + HK? 7

=HIL =

J21 3J7a

Theo gt, Tx= 7 =x=a3 . Suyra Vs asco

3
{ f( 3y ==a’
Cho t&r dién S.ABC, M va N la cac diém thudc cac canh SA va SB sao cho MA=28M
SN =2NB, (a)la mat phang qua MN va song song véi SC. Ki hiéu (H,)va (H,) la cac
khoi da dién c6 dugc khi chia khoi tir dién S.4BC bdi mit phang (), trong d6, (H,)chira

+ A + A A \ A or 5 \ ’ 2 A V
diem S, (H,) chtadiém A4; V, va V, lan luot la the tich cua (H,) va (H,). Tinh ti s0 71

2

C. 3 D.

4
Huéng din giai
Ki hiéu 7 1a thé tich khéi tt dién SABC.
Goi P, O lan luot 1a giao diém cua («) véi cac dudng thing BC, AC.
Ta c6 NP//MQ//SC. Khi chia khéi (H,)bsi mat phang (ONC), ta dugc hai khdi chép
N.SMOC va N.QPC.
VN.SMQC _ d(N,(S40)) . SSMQC .
VB.ASC d(B’ (SAC)) SSAC
d(N,(S4C)) NS 2,
d(B,(SAC)) BS 3’
S0 (ﬂj 4 Soe 5

AS 9 S 9

VN SMQC 2 5 10

Suy ra ———=
Vy isc 39 27

Viaee _d(N,(QPC)) Sorc

VSABC d(s (ABC)) SABC
NBCOCP 112 2
"SB CA CB 333 27
E_VN.SMQC_‘_VN.QPC 10 2 4 Vvl 4 V i
5

= =—t—=—= =—=5, =4V, => L=
V VB.ASC VS.ABC 27 27 9 K+% 9 I/Z

Cho hinh chép S.4BC cé chan duong cao nam trong tam giac ABC ; cac mat phing (S4B),
(SAC) va (SBC) cung tao v6i mat phang (ABC) cac goc bang nhau. Biét 4B =25, BC =17,
AC =26 ; duong thing SB tao voi mat day mot goc bang 45°. Tinh thé tich ¥ ciia khdi chop
S.ABC.

A. B.

(O NN
USHINN

A

Ta co:

SASC

Trang 33/35



A.V =408. B.V =680.

C.V =578.

Huwéng din giai

Goi J la chan duong cao cua hinh chép
S.ABC; H, K va L lan luot 13 hinh chiéu cua
J trén cac canh AB, BC va CA. Suy ra,
SHJ , SLJ vi SKJ lin luot 1a goc tao boi
mit phing (ABC) voi cic miat phang
(SAB), (SBC) va (SAC). Theo gia thiét, ta
co ﬁ]:@:ﬁ], suy ra cac tam giac
vudbng SJH,SJL va SJK bang nhau. Tir do,
JH =JL=JK . Ma J ndm trong tam giac
ABC nén J 1 tam duong tron ndi tiép tam
giac ABC.

Ap dung cong thuc Hé-rong, ta tinh dugc
dién tich S cta tam gidc ABC 1a §=204.
Kihiéu p la ntra chu vi tam giac ABC, r 1a

ban kinh dudng tron ndi tiép cua ABC. Ta co

r=2=2 6 by
p 34
x=BH=BL,y=CL=CK,
z=AH = AK .
x+y=17

Ta c6 hé phuong trinh < x+z=25.
y+z=26
Giai ra duogc (x;y;2)=(8;9;17)

JB=~JH>+BH* =6*+8 =10.

D.V =600.

Taco SBJ = (W)) =45°, suy ra SJB la tam gidc vudng can tai J. SJ =JB=10.

Thé tich ¥ ctia khéi chép S.ABC1a V¥ = %SJ.SABC =680
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