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CHUYEN PE PHUO'NG TRINH VA BAT PHUONG TRINH

BAI 1: PAI CWUONG VE PHUONG TRINH VA BAT PHUONG TRINH

I. KIEN TH(’C CAN NHO'
1. PHYONG TRINH DANG: az+b =0

ax+b=0 (1)
Hé s6 Két luidn
‘ x . b
az0 (1) c6 nghiém duy nhdt r = ——
a
bZ0 (1) vé nghiém
a=0
b=0 (1) nghiém diing véi moi x

Chii y: Khi a #Z0 thi (1) dwoc goi la phwong trinh bdc nhdt mét dn.

2. BAT PHUONG TRINH DANG az + b < 0
Bién luin D&u nhi thirc biac nhit
Piéu kién K ét qua tap nghiém f(x)=ax+b (az0)
b
a>0 S=| —oo;—— Xﬂ(—oo,—— af(x)<0
a a
b b
a<o S=| ——;+» X[J| —=;+00 af(x)>0
a a
_ b>0 S=0
a=0 b<0 S=R
3. PHUONG TRINH BACHAI: a2® + bz +¢ =0
1. Cach giai

az2+bx+c:0(a¢0) (1)
A =12 dac Kétluan

—b+ VA

A4>0 (1) ¢6 2 nghiém phan biét z, , = 2—\/7

’ a
‘ o . b
A=0 (1) c6 nghiém kép ©x = — —
2a
A4<0 (1) vé nghiém

Chui y: - Néua + b +c = 0 thi (1) ¢6 hai nghiém lax=1vax= <.
a

~Néua-b+c=0thi(1)cé hainghiémlax=-1vax= —<.
a

- Néu b chdn thi ta c6 thé diing céng thikc thu gon véi b’ = 3

2. Pinh li Vi-et
Hai s6 z,,7, 1a cic nghiém ctia phwong trinh bac hai az? + bz + ¢ = 0 khi va chi khi ching thoa man cac hé thirc
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b c
S=z,+x,=—— va P=ux,2, =—.
1T " 12 =7
4. BAT PHUONG TRINH BAC HAI
Xét diu tam thirc bic hai Giai bit phwong trinh béc hai
f(X) = az® + bz + ¢ (a Z0)
A<0 afx)>0,/x LR
b
4=0 af(x) >0,k R\ {_E} Dwa vao dinh ly didu tam thirc bac hai dé giai
a.f(x) > 0,k L (—oo; Xq1) [T (X;
4>0 +00)
a.f(x) <0,k [ (X Xo)

II. CAC DANG TOAN

1. Dang toan 1: Gidi va bién luin phwong trinh va bit phwong trinh

HT1. Gidiva bién luin cic phwong trinh sau theo tham sé m:

1) (m?+2z—2m=z-3 2) m(z—m)=z+m—2

3) m(z —m+3) = m(z—2)+6 4 m @z —1)+m=2(3m—2)

5) (m? —m)z =2z +m? —1 6) (m+172z=02m+5)z+24+m

HT2. Gidi cic b4t phwong trinh sau:

1)(21:—5)(13+2)>0 Z)m—3>:v+5 3) m—3<1—2:v
—4z +3 x+1 -2 xr+5 x—3
4)3:v—4=>1 5)2:10—52_1 6) 2 < 5
z—2 2—x r—1 2z-—-1
HT3. Giaiva bién luin cac bit phwong trinh sau:
1) mz—m)<z-1 2) mz+6>2x+3m
3) (m+1)z+m<3m+4 4 mr+1>m? 4+
S)m(:v—2)+x—m>1:—|—1 6) 3—mz < 2z —m)—(m + 1)
6 3 2
HT4. Giai va bién luan cac bit phwong trinh sau:
1)M+—T>o 2)””_—”‘1+1<0 N Vr—1z—m+2)>0
T T —

HT5. Giaiva bién ludn cac phwong trinh sau:

1) 2> +524+3m—1=0 2) 222 +122 —15m =0

3) 22 —2(m -1z +m? =0 4) (m+1)2° —2m—1)z+m—2=0

5 (m—1)a°+@2-m)z—1=0 6) ma® —2(m +3)z+m+1=0

HT6. Giaiva bién luin cac bit phwong trinh sau:

2) (1+m)z® —2mz+2m <0  3)ma® —2z+4>0

1) 22 —mzr+m+3>0

Trong cic phwong trinh sau, tim gia tri ciia tham sé dé phwong trinh:

HT7.
i) C6 nghiém duy nhat ii) V6 nghiém iii) Nghiém ding véi moi x O R.
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N (m—-2z=n—1 2) (m* +2m—3)z=m—1

3) (mz +2)(z +1) = (mz + m>)z 4) (m* —m)z =2z +m? -1
HT8. Tim m dé cac bat phwong trinh sau v6 nghiém:

a) m*z +4m — 3 < z + m? b) m%z +1>m+ (3m—2)z

c) maz —m? > mz—4 d) 3—mz < 2z —m)—(m +1)*

2. Dang toan 2: D4u ciia nghiém s& phwong trinh bac hai az® 4 bz + ¢ = 0 (a = 0) (1)

A>0
¢ (1) ¢6 hai nghiém trdi ddu = P<0 ¢ (1) ¢6 hai nghiém cung ddu = P ; 0
A>0 A>0
* (1) ¢6 hai nghiém dwong = {P >0 * (1) ¢6 hai nghiém dm = P >0
S>0 S <0
Chii y: Trong cdc trwdng hop trén néu yéu cdu hai nghiém phdn biét thi A> 0.
Bai tip
HT9. Xac dinh m dé phwong trinh:
i) c6 hai nghiém trai dau ii) c6 hai nghiém am phan biét
iii) c6 hai nghiém dwong phan biét
1) 2> +524+3m—1=0 2) 222 + 122 —15m =0
3) 22 —2(m -1z +m? =0 4) (m+1)2° —2m—1)z+m—2=0
5) (m—1)z> +2—-m)z—1=0 6) ma® —2(m+3)z+m+1=0
7)a? —dz+m+1=0 8) (m+1)a? +2(m+4)z+m+1=0
3. Dang toin 3: Ap dung dinh Iy Viet
a. Biéu thirc déi xirng cua cac nghiém sé
Ta st dung cong thirc S = x| + x, = —2; P=uzz, = £ dé biéu dién cdc biéu thirc débi xttng cia cdc nghiém x;, X2
a a
theo Sva P.
7 2 2 _ 2 Q2
Vi du: zy + 15 = (2, +13,)° — 213y = 5 - 2P
zf’ + zg = (7 + x2)[(x1 + 1:2)2 - 3x1x2} = 5(5% - 3P)
b. Hé thirc ctia cac nghiém ddc 1ap d6i véi tham so
Dé€ tim hé thitc ctia cdc nghiém ddc ldp doi véi tham so ta tim:
b c
S:I +I’ = ——3 P:II = —
1T “ 12 =
(S, P ¢6 chiva tham sé m).
Khir tham sé m giira S va P ta tim dwoc hé thikc gitva x; va x..
c. Lap phwong trinh bac hai
Néu phwong trinh bdc hai cé cdc nghiém u va v thi phwong trinh bdc hai cé dang:
IQ—SI—FP:O, trong dé S=u+v, P=uw.

Bai tap
HT10. Goi z;,z, la cic nghiém ctia phwong trinh. Khong giai phwong trinh, hdy tinh:
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A=x12+:c§; B=:L’f’+x§’; C=:cf+x§; D=|x1—1:2|; E=(2z, +m,)(21, + 1)
N2 —2-5=0 2)22° —32-7=0 3) 32 +102 +3 =0
422 —15=0 5) 222 — 52 +2=0 6) V322 + 52 -2 = 0

HT11. Cho phwongtrinh: (m 4 1)az? —2(m — D)z +m —2 =0 (*). Xac dinh m dé:
1) (*) c6 hai nghiém phan biét.

2) (*) c6 mdt nghiém bing 2. Tinh nghiém kia.

3) Téng binh phwong cic nghiém bing 2.

HT12. Cho phwong trinh: z° — 22m+ 1Dz +3+4m =0 (¥).
1) Tim m @& (*) c6 hai nghiém xj, x..

2) Tim hé thirc gitra x1, x> d6c 1ap do6i véi m.
3) Tinh theo m, biéu thtrc A = ;) + ;.
4) Tim m d€ (*) c6 mot nghiém gip 3 I4n nghiém kia.

5) Lap phwong trinh bac hai c6 cac nghiém la :v12, 22,

HT13. Cho phwong trinh: 2° —2(m — D)z +m? —3m =0 (¥).
1) Tim m dé (*) ¢6 nghiém x = 0. Tinh nghiém con lai.

2) Khi (*) c6 hai nghiém x, x2. Tim hé thirc gitra x1, x» doc 14p do6i véi m.

3) Tim m dé (*) c6 hai nghiém xy, x, thod: a} +a5 = 8.
HD: a)jm=3;m=4b) (7 —|—:U2)2 —2(z; + 1)) — 4Ty, —8 =0 cjm=-1;m=2.

HT14. Cho phwong trinh: 22 — (m? — 3m)z + m> = 0.
a) Tim m dé phwong trinh c6 mot nghiém bang binh phwong nghiém kia.

b) Tim m d& phwong trinh c6 mdt nghiém bing 1. Tinh nghiém con Iai.

HD: a)m=0;im=1 b) oy =1 2y = 52 — T, 1y = 52 — 7.
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BAI 2: PHUONG TRINH VA BAT PHUONG TRINH CH(’A DAU GIA TRI TUYET POI

I. KIEN TH(*C CAN NHO

1. Pinh nghia va tinh chait

Al = A ki 420 A>0 vA
-4 khi A<0 =7
. |4Bl =14.|Bl
o AP = 42
A+ Bl=14+IBle AB>0 Lla—Bl=lA+IBle AB<0
ela+ B =]la-1Bl = aB<0 ela—Bl=]Ad-1Ble aB>0
A< —B
Véi B> 0 ta cé: Al< Be —B< A< B; A >Beo
A>DB

2. Cach giai
DéE giai phwong trinh va bat phwong trinh chita 4n trong ddu GTTD ta tim cach d& khir ddu GTTD, bang cach:
- Dung dinh nghia hodc tinh chat cia GTTD.

- Binh phwong hai vé.
- Dit 4n phu.
a) Phwong trinh:
flz)>0
- {fii I

* Dang 1: |f(:::)| =g(z) & & 1| f(z) = g(z)
flz) <0
{ N CEEE

* Dang 3: a|f(:c)| + b|g(:l;)| = h(z)
Ddi v&i phwong trinh c6 dang nay ta thwdong dung phwong phap khoang dé giai.
b) Bit phwong trinh

* Dangl: |f(x)| < g(z) &

* Dang 2: |£(x) > g(x) = |[s(x)

Chiy: « Al = A& A>0; Al=-AeA<0

A< -B

« Vi B> 0 ta c6: Al < Be —-B<A<B; 4> B e
A>B

A+B =lA+1Bl = AB>0;

A-Bl=|A+IBl 4B <0

Bai tap

HT15. Gidi cac phwong trinh sau:

Dlr—1=2+3 2) Va? + 62 +9 =22 —1|

3) 22 -3l +2=0 4) |4z —171 = 2% — 42 -5

5) a2 — 4z -5l =4z —17 6) |z —1l ol +]20 + 3 =22 + 4
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7) 2le+1)-

HT16. Giai cac phwong trinh sau:
)z +7 =42 +7

3) |:1:—1|+|2:E+1| =|3:E|

5) 2z — 5l + 202 — 72 5/ = 0

x2—2m—8‘:x2—x—5

8) e —1+]e+2/+le—3 =14

2) 2z —3l=3-22
8le? —2 -3 =22 4w +3

6) |z +3/+[7—al =10

HT17. Giai cac phwong trinh sau:

1) :v2—2:v+|:v—1|—1:0 2) ot +42” +2[2% — 22| =423 +3
HT18. Gidi cc b4t phwong trinh sau

1) -2 —1<z+1 2) 2$2+x73‘22$+1

3) a:2—5a:+4‘§a:2+6x+5 4) x2—|—a?—1‘< 2a:2+at—2‘

BAI 3: PHUONG TRINH VA BAT PHUONG TRINH CH(YA DAU CAN THUC

Cach giai: Dé giai phwong trinh chira 4n dwéi ddu cin ta tim cach dé khir d4u cin, bang cach:
- Nang luy thira hai vé.
- Pit 4n phu.
Chii y: Khi thwc hién cdc phép bién d6i cdn chii y diéu kién dé cdc cdn dwoc xdc dinh.

I. Bién d6i twong dwong

a. Phwong trinh:

Dang 3: {/f(z) = §fgl(z) & f(z) = g(x)
Dang 4: {f(2) = gx) & f(2) = (9(a))’

b. Bit phwong trinh
flz)=0
e Dang 1:./f(z) < g(z) < Jg(z) >0

f@) <o)

{g(fﬂ) <0

f(z) >0

. Dgng 2:\/% > g(I) A g(x) >0
!ﬂ@>b@ﬁ

Bai tap

HT19. Gidi cac phwong trinh sau:

D~N2z-3=2-3 2) Vhr+10 =8—=
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3)z—~V2x—5=4
5) Vi’ +224+4 =+2—z
8) V322 — 9z +1 =z -2

HT20. Gii cic b4t phwong trinh sau:

1) Vel +2-12<8—2z
4)Va? —32-10 >z -2

2) Vel —z-12<7-2
5) V322 +13z+4 >z —2

YN +r-12=8-2
6)V322 —9z+1 =122
8)(z—3Wa? +4 =229

3)V—a? -4z 421 <z +3
6) V2r + V622 +1 > 2 +1

)Nz +3 -7 —z>20 -8

HT21. Giai cac phwong trinh:

DV3z+24+z+1=3

3) 2?4z +1=1
5)V34+z+V6—2 =3

HT22. Gii cac phwong trinh sau:

1) \/w2+9—\/ 2 _7=2

) Y+ vr 481 -Vo =2

5) Yz +7-Ysz—13=1
HT23. Gidi cic b4t phwong trinh sau:
2
x° —4z <9

1) =~ ™
)3—:5_

3) (x+ 3Nz —4 <2 -9

HT24. Giai cac bit phwong trinh sau:

1) z+2<32®+8 2) Y202 1> Y342 1

HT25. Gii cac phwong trinh sau:
DVr+1+4e+10 =z +2 +z +5

3) Vo +3++3z+1 =2z +20 +2
5) Va2 422 +V22 -1 =v32% + 42 +1

7)12—2 + 1442 =2

N2z >7T—2-v-3-2c 92w +3+Jr+2<1

2)N3+z—V2—z =1
NNz +9=5—-~22x+4

6) V3r+4 20 +1=+Jz+3

2) \/33:2+5x+8—\/3x2+5x+1:1

4) Vo2 4 2—5 4 +80—4=5

6) %/9—\/x+1 +§/7+\/x+1 =4

j— 2_
N=2z° —15z + 17 >

2) >0
z+3
4 \/—m2+m+6 >\/—:v2+m+6
2z 4+ 5 x+4
)Yz +1>Vz—3

) Yr+1+8e+2+8x+3=0
Nz +1=vV2? —z+1+z+3

OVI—2 =V6—z—V-5-2

8) %:—1 +§/x—2 =§/2x—1

x3+1
x4+ 3

4)
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II. Dt 4n phu

Dangl:af(x)+bm+czo - t:\/Tfﬁ),tZO

at* + 0t +c=0
Dang Z:W + \/@ = h(z)
Dang 3: \/f(:l:) + \/g(x) + \/f(x)g(:r) = h(z)va f(z) £ g(x) =k (k = const)Pat t = 4/ f(z) £ 4/g(x), .

HT26. Giai cac phwong trinh sau:

1) 22 —624+9=4Vz® —62+6 2) J(z—3)(8—z) +26 =—2* + 11z
3)(z+4)(z+1)—32® +52+2=6 4) (z+5)2—2) =31’ + 3z

5) o2 + Va2 +11 = 31 6) 2° —2z+8—4J(4—1)(z+2) =0

HT27. Giai cac phwong trinh sau:
DNz +3+V6—2 =3+4/(z+3)(6—1)

2) V2243 +Vr+1=3x+22z+3)(z+1) —16

3) \/x—1+\/3—x—\/($—1)(3—x) =1

4) N +\/2+a:f\/(771’)(2+1’):3

S)Vr+1l+vVi—z+J@+)(d—2) =5
6) V3z—2 +Nz—1 =42 — 9+ 232° — 5z +2
7) 1+§V$—$2 :\/;—&—\/1—:6

8) Vo +v9—2 = V-2 + 92 +9

HT28. Giai cic b4t phwong trinh sau:

1) J(z—3)(8—z) +26 > —z® + 11z 2) (z+5)(z—2)+3Jzx(z +3) >0
3) (z+1)(z +4) < 5z? + 5z + 28 4) V322 452 +7 V32 £ hr 42> 1

HT29. Giai cac phwong trinh sau:

1) \/2I74+2\/21’*5 +\/21’+4+6\/21’*5 =14
2) \/x+574\/x+1 +\/x+2—2 z+1=1

3) \/2fo 2x7172\/21’+374\/21’71 +3\/21’+8*6\/21’71 =4
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Dang 4: Pat 4n phu khdong hoan toan: La phwong phap st dung 1 4n phu chuyén phwong trinh ban diu vé 1 phwong
trinh véi 1 4n phu nhung cac hé s6 van chita 4n z ban dau.

Bai tap:
1) 2% —1=2aVa? — 22 2) (4z—12® +1 =223 + 22 +1
3) 22 —1=2a12* + 2z 4) 2® +4z=(z+2Na® — 20 +4

Dang 7: Dit 4n phu chuyén phwong trinh vé hé déi xing:
+ m:c(d:v+e)2 +az+ Py voi d=ac+o,e=bc+ [
bat: dy +e = m

+ %/cz:v——&—l):c(d:v+e)3 +az+p void=ac+oe=bc+ [

bat: dy +e= \3/(13: +b

Bai tap

HT30. Giai cac phwong trinh sau:

1) \3z+1=—42> +132—5 2) 25 +2=3%3z -2
3)NJr+1=2>+42+5 4) 4x2;_9:7x2+7x,x>0
5) 2% +1=2%22 -1 6) z§/35—z3[z+§/35—z3]=30

III. Phwong phap truc can thirc
Bai tap

HT31. Giai cac phwong trinh sau:

1) 22 +32+1=(z+3Wz% +1 2) Va® 412 +5 =3z +Vz? +5
) Va? —1+2 =V’ -2 4) V2 4o+ 94V22? —r 41—zt 4

5) 2J2—z)b—2) =2 ++2—-2)10—12) 6) V4 —3V10—3z =z —2
7)\3/x2+ =~vz—-1+2z-3 8) \/m 1+\/3:E —2=23z-2

9) V22 + 162 +18 +a? —1 = 20 + 4 10) V22 +15 = 3z — 2+ 2% + 8

11) V322 — 50 +1—Va? —2 :\/3(:102—:10—1)—\/:102—3:10-1-4

IV. Phwong phap xét ham s6

HT32. Giai cac phwong trinh sau:

1)\/4:3—1+\]4:v2—1:1 2) Nz — =—2%—42+5

) Vr—1+vz—-2=3 N2 -1+’ +3=4—2z
V. Phwong phap danh gia

DVa? =20 +54+Vz—1=2 2) W7z —112% + 250 —12 = 2% + 62 —1

3)V2—2? + /2—%:4—[%1] 4) Vioo—1 vz +3-az_1=1
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VI. Cac bai toan lién quan dén tham s6
HT1. Chophwongtrinh vz +4Nz —4 +z+Vz—4=m.

a. Giai phwong trinh véi m = 6.
b. Tim m d€ phwong trinh c¢6 nghiém. D/s: z = 4;m > 6

HT2. Tim tham s§ d& phwong trinh 322 + 2z + 3 = m(z 4+ 1Wz% + 1 ¢6 nghiém thwc. B/s: m < —3Um > 22

HT3. Cho phwong trinh No+1+3—a— \/(x +1)(B—2) =m.
a. Gidi phwong trinh khi m = 2.
b. Tim m d€ phwong trinh c¢6 nghiém. D/s: z = —1;z = 3.2\/5 —2<m<2

HT4. Tim tham s8 thuc m d& bat phuongtrinh V2> — 4z +5 > 2> — 4z + m c6 nghiém thuc trong doan [2;3] .
b/s: m<—1

HT5. Tim m dé phwong trinh \/x —3—-2Vz -4 + \/x —6vVx —4 + 5 = m c6 dung hai nghiém thuc phan biét.
b/s:

HT6. Tim m dé phwong trinh myz? — 22 +2 = 2 +2 c6 hai nghiém phan biét. B/s: m € (1;3/10)

HT7. Tim m dé phwong trinh m[\/1+152 —V1—2? +2] = \/1—1:4 +\/1+x2 —\/1—:1:2 c6 nghiém thyc. D/s:

m €

2\/3;—3\/52_ 4

HT8. Cho phuwongtrinh (z —3)(z +1) + 4(z — 3) :v_—i-; = m V&i gia tri ndo cia m thi phwong trinh c¢6 nghiém.
'z —

b/s:m>—4
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1. BIEN POI TUONG PUONG

HT1.

1.

-~

Ul

HT2.

N

4,

v

6.

7.

8.

10

11

12.

13.

14

15.

16

17.

18

19

20.

o

Giai cac phwong trinh sau:

p+q+h—q=1+h—ﬁ

$2—1‘=

x373x+1‘:2x+1

m2—1‘+|m|:1

$3—5$2—2$+4‘

Giai cac phwong trinh sau:

V—2® +4z-3=22-5

ON TAP

. |3—2x|—|m|:5(|2+3m|+$—2)

3m+\/m3—$+1:—2
Vod 2045 =221

2242?4162 +28 =2+5

e 42t 14z —11=1—2

. \/7—$2+QZ\/QZ+ =\/3—2x—x2

ot +50% +1222 4172 +7 = V6(z +1)
Vo—2-z+7=1
9. Y3z+l+4z+1=8
Nr+8-Vr=r+3

Bz 1420 +3 =14z +7

\/z(x -1+ \/ZE(ZE +2)= 2\/:72

Vo + 14z — 49 + o — 14z — 49 =14

N3z +8—3r 45 =~br—4—5r—7

T+3+3z+1 =20z +22+2

102 +1 4325 =9z +4 +22 -2

fv2+2+\/m2+7= $2+$+3+\/m2+$+8

. \/E—mQ—i- 1—a? —i-\/E
4 4

Vi—2? =2 +1

. \/2fo 217172\/2a:+374\/2a371 +3\/2a:+876\/2a371:4
+31+ s4+1l=Va?—z+1+Vr+3

T+

:E3

b/s:

b/s:

b/s

b/s

b/s:

74429 54413
r=—-lLx= T =
2 2
r=2r=>5
rx =00 ==+1
rx =00 =12
23 3
r=——,r=—
9 23
14
D/s: 2 =—

/ 5
D/s:z=-1
b/s:z=-1
D/s::v:2U:v:1—|—\/§
B/s:az:le:sz\/E

2

P/siz=-2Uz=1
B/s:z:\/§—2
P/s:x=9

P/s:x =38
P/s:z=1

1

P/six =——;2=3

/ 9

{)/s::yzoufv:g
8
P/siz=—Uzx =
D/s:z =6
D/s:z=1
P/s:z=3
b/s:z=-1
3
D/s:z =—
/ 5
5
D/s:x=1Lzx=—

/ 2

D/siz=14++3

BE HOC VO BO' - CHUYEN CAN SE PEN BEN
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11

21. z——z——\/; D/s:z=1
N

22. Y20 +1+30+2+32+3=0 p/siz=—1

23. §/3z—1+§/2z—1:§/51:+1 B/s:m:%

24. Yo +1+Yr+2+Yr+3=0 D/s:z =2

HT3. Giai cac phwong trinh sau (nhém nhdn tir chung)

1. (z43W10—2? =2® —z—12 P/s: z=-3

2. Yor1+¥Pevr2=1432 32042 D/si o= 0z =1
3. m+2m:2 z—14+vV—2?+82-7+1 D/s:x=5zr=14
4 N +100+21 =3z +3+ 20z +7-6 D/si o =Lz =2
5. 2 +3z +2 x+2:2:r+,f:r+g+5 D/s:z=1x=2
6. -2 x—l—(xfl)\/;+\/E:0 D/s:z=2

7. 222 62 +10 -5z — 28z +1 =0 D/s: o= 3z =8
8. \/ac+3+2fv\/m+1:2m+\/ac2+4ac+3 b/s: z=0x=1
9. Nrrl42a+)=z—1+1—z+3v1—2> D/s: z =0

10. \3/172—1-3:6—}-2(2’/;—%/17_4-2):1 D/s:z:—g

HT4. Gidi cac phwong trinh sau: (A2 +B? = O)

1. dr+1=2%—5z+14 P/s: z=3
2. m2—m+6:4m b/s: z=-1
3. 2t —22°Va? — 22 +16 +22° —62+20=0 P/s:z=2
4, r+4z+3+203-20 =11 P/s: =1
5. 13Wz—1+9%r+1=16z p/s: m:%
6. 2\/1:—+1+6\/9—:v2+6\/(z+1)(9—x2)—133—2x2+101:+38=O P/s: =0
7. o? —2z+1N3r+1 =222 + 5 +2 8z —5 D/s:z=1

8. 4a:2+12+x/x—1:4(w5x—1+x/9—5x

HT5.  Gidi cic b4t phwong trinh sau (nhén lién hop)

1. Jot+1+41=4d22+3z B/s:x:%
2. \2r—3-Jr=2:-6 P/s: =3
3. Nz—2+4+i—z=222 521 P/s: z=3
4, 10z 4+1 432 -5 =92 +4 +22—2 P/s: z =3
5, (\/1+I+1)(x/1+x+2x75 —z D/si oz =2
6. 32+Nz—-2)=2z+z+6 })/s::c:3;:c:M

BE HOC VO BO’ - CHUYEN CAN SE PEN BEN Page 12
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7. 9(J4m+1—J3m—2 —z+3 D/s: 2 =6
\/31:2—51:+1—\/:r2—2=\/3(z2—z—1)—\/z2—3z+4 P/s: x=2

9. (+1V2? —20+3=a>+1 P/s: z=1+2

10. (3x+1)\/m:3x2+2x+3 D/s: z = +1

11. x+3\/2x +1=2’+2+3 B/s:mzo;m:—5+\/g

12. —+\/£E7—_37+\/21177— b/s:z=2

13. \/;+\/E=$2—$—2 })/s::z?—?)i;/g

14, Yr+24 +12—2 =6 P/s: z = —24;2 = —88

15. 20 — 11z +21 = 3%4z — 4 D/s: z—3

HT6. Gidi cic b4t phwong trinh sau:

1 [3z+5 <|s® +72 B/s:me(—oo;—5—2\/g) (5 5+2f) (1;400)
2. a:2+8x71‘<2x+6 D/s:ze(—5+2\/g;1)
3, 2x2—3x—10‘28—x B/s: o € |00 = J_ [ f1+f] H\/_
2z — 1
4. Q b/s: z € (—o0;—3)U(-L4) U M;Jroo
2 —3x—4 2 2
5, 2x+11 > 745 /s: me(—oo;—l—ﬂu[—3+¢ﬁ;1)u(1;—1+ﬁ)
T —
6. ;Z|z+2| D/s: v €[ —5-4)U (22 ﬂ
|:E—|—3|—1
HT7. Gii cic b4t phwong trinh sau:
1. \/2x+3§\/4x273x73 b/s: z € —é;—§ U[2;+oo)
2. Nal—z-12<z D/s:x€[4;+oo)
3. V-2’ +4r-3>2-5 b/s: 1;%]
[ 2 3
4. Nbz® —2zx—-2>4—z b/s: z € (—o0;—3)U 5,4—00
5 vz +9+~22+4>5 b/s: z € (0;+00)
6. \/m+2—\/3—a:<\/5—2x b/s: z€[—2;2)
7. Nz +1-V3r—-8 <22 +7 B/s: z €[9;+00)
8. bz + —\/4x71§3\/; D/s:mei;—i—oo]
9, \/5m+1—\/4—m§\/a:+6 xe—é;?) B/s:x71—2 x7223x€ %;0]
T T
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10. \/—1:2+1:+6 >\/—x2+1’+6

2z +5 B T +4
11, |z - 224 10— 32 —3 >0
2r—5
,[ _ _ 2
12. M<1
11—z
| o2
13, V=3l totd
X
14 1 1

. >
V2z° +32—5 27 -1

_ 2
15. 3—2Vz +3:L’+2>1

1—2z? —2 +1

16. Vz> + 3z +2 +\/m2+6x+5§\/2x2+9m+7

17. \/ 2—4:6-1—3—\/21:2—3:6-1-1 >z —1

18. Va? 30 +2 +Va? —dr +3 > 0a? 50+ 4
HT8. Gidi cic bit phwong trinh sau (nhén lién hop)

2
1. LQ«Hm
(3—\/9+2x
2
2 — T
(1—1-\/1-1—:3)
6172 \/_
3. —2>2x+ rz—1+1
( 2z+1+1)
7 :E2—|—3:v+18
4, <

(z+1—\/$_—|-1)2 (2 +1)"
5. Az +1)7% < (20 + 10)(1 3 -1-2:10)
. (ﬁ—m)[1+\/x2+2x—3]>4

7. i —304+2 +N2? —dz+3 > 0a® —5a+4
4
Jr
9. \/2:L’3+3I2+62L’+16—\/4—1’>2\/§

10. 9(z% +1) < (32 + 7)(1 3+ 4)2

11. 21/172+,/2x7§ >x
z z

2

o)

8. N2 +1 > 20 +17

b/s:

b/s:

b/s:

b/s:

b/s:

b/s: x €

b/s:

b/s:

b/s:

b/s:

b/s:

b/s:

b/s:

b/s:

b/s:

b/s:

b/s:

b/s:

b/s:

D/s: z

xe[—2;—1]Uz=3

15
3’2

e [—1—\/5;—5)u(1;71+J5_2)

r=3Uzx €

re[-L0)U

9.4
7’3

U (2;4+00)

1;§
2

e

T e (10 + 4\/3;+oo)

z € (—1;3)\ {0}

S

—2;3]\{1}

e[—2;0)e{1+\/3}

BE HOC VO BO' - CHUYEN CAN SE PEN BEN
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122 —8

V922 + 16

2
13, 2,/L‘H1+m2—4g 2
z+4 ZL’2—|—1

14, (a:—l)\/ 2—2x+5—4m\/m2+122(a:+1)

3222 +32+2

12. 2z +4—-22—2 >

15. >1
1—2\/$2—$+1
16 \/;(:v+\/1—:v2) 51

. m\/;+1—\/m2 a3

17. \/2:L’2—|—111:+15 +\/:L’2+2:L’—3 >7+6

HTO9.

1. (4122 —22+3=2"+1
2. 2 +B-V22 +2)z=1+2Va? +2
3. (3:6—1—1)\/2:52—1:5:102—&—%:5—3

V22 +1-1 1+ 37 + 8222 +1]
5. 22 +4 +4v2 — 2 =922 +16

6. Az 4+1-1=32+271—z+V1—2>

4. 3

=T

7. 2[2\/1+z2 BN D P Y R

8. 2 +2az—1W2l+z+1—-2+2=0
9. (z+1Wa? —20+3=2"+1

10. 622 — 10z +5— (42 — I\62% —62+5 = 0
HT10. Giai cic phwong trinh sau (Pat 1 4n phu):

1. \/2x2+4x—|—1:1—x2—2x

2. Nrt+2+s—z+Jz+2)6-2) =4

3. 2243 +r+1=30+2422% +52+3 16
4. (® +1)° =5—2\22° +4

5. m2+2x4/x—l:3fv+1
T

6. L, 2

2
7 N2? 49
7. 222 —6r+4=32> +8

8. 222 4+5zx—1="ma° -1

—-1=0

Giai cac phwong trinh sau (Pdt dn phu khdng hoan toan):

D/s: z € —2;2 U &;2

3 3
D/s: z € —\/g;\/g}
b/s: x € (—oo;—l]

Vi3 -1
b/s: z €(—00;—2|U
/si @ (—oai=2]u ==
V51

D/s: z =
/ 2
b/s: —oo;—ZUEH—oo

2] |2
B/s:zzli\/g
B/s:z:i\/ﬂ
P/s: z=+1,2=5
b/s: z=0
B/s:m:&

3

3
P/siz=——;2=0
/ 5
b/s: z=0
b/s: z=0z=-1
P/s: . =14+~2
b/s: z = 59 =3

10
P/s:z=-22=0
pjs: o= 3230

2
Pb/s:x=3
D/s:m:—\/EUa::\/\/g—l
{)/s:ac:l:l:\/g

2
B/s:m:—ﬁ

2
P/s: 2 = 3+4/13
B/s:z:4ﬁ:\/g

BE HOC VO BO' - CHUYEN CAN SE PEN BEN
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9. 22 —4z-3=+Vz+5 })/s:a:—1u:z:—5+2\/5
10. 2&:2—61’—1:\/431:4—5 D/s:mzl—\/EUm:2+\/§
HT11. Giai cAc phwong trinh sau (dit 2 4n phu hodc chuyén vé hé):
1. \/45—1’4—\/41’—1:\/5 b/s: z =0,z =
2. 2P +1=2Y22-1 })/s::;gzl;g::_HQE 5
3. 32° +62-3= v B/s:m:75+\/%;m:777\/@
3 6 6

4. 2 —4z-3=+Vz+5 {)/S:CE:—l;:E:5+2\/E
5. 222 —6z—1=+/4z+5 P/si o =1-~2:0 =243
6. 4%/(:c+2)2 —7%/(4—90)2 +3%/(2—x)2 =0
7. i{’/(2—:1c)2—&—%’/(74—1:)2—3(7—|—1:)(2—1:):2 P/s: z=—-6z=1
8. (z+3WN—122—8z+48 =z —24 P/siz=—2- 20Tz =531
9. l—}— ! =2 B/s::tzl;a:zil;\/g

T 9 2 2

—x

HT12. Gidi cic bat phwong trinh sau (Pat 4n phu):

(z 4+ 1)(z +4) < 5Va? + 5z + 28 D/s: = € (—9;4)

1.
2. z(z—AN-2t+4z+(z—27 <2 b/s: m6(2—\/§;2+\/§)
3. \/7a:+7+\/7a:—6 + 20492 + Tz — 42 < 181 — 14z b/s: x € 2;6]
4, V3—z+Nr+2+3<3-2®+2+6 D/s:xe[—z;—l]u[z;za]
5, $+4;—V$_4§x+\/1271676 D/s: z € 1;—;;—1—00]
6. \3z® +61+4 <2—2z—2° D/s: z € (—2;0)
7. 2 3:6_12 T 41 D/s:a:e(—oo;O)Ul;—i-oo
x 3z —1 2
8. (z+1)(z—3W—2"+20+3<2—(z—1) D/s:xe(l—\/§;1+\/§)
9. x+ L >§ b/s: z€|l;,—|U —,—i—oo]
2 12
7 =1
1 3z 1 2
10 +1> b/s: z€|-1,—|U —;1]
1—2? V1= 22 V2) s
HT13. Giai cic phwong trinh sau (si¥ dung tinh don diéu ctia ham s6)
1. \/ 6 +3\/ 8 14 B/siz=>
33—z 2—z 2
2. 3z2+1+z+T72+2 =4 b/s: z=1
1 —1 21
3. 4 4r—(e+IN2w+1=02= +4\/g B/s:x:JrTr
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4,

5.

)

1

HT14. Giai bat phwong trinh sau (st dung tinh don diéu ctia ham s6)

1.
2.

3.

4,

5.

2(42® + 1)+ (z — 35 —22 = 0

2z + 342 +12z + 11 + 3z(1 + V922 +2)+ 52 +3 =0

. \/1+\/2m—m2 —|—\/1—\]2m—m2 =2z —1)*22% —4z+1)
2® +1=2R22 -1

823 — 3622 + 532 —25 =93z -5
2% —152% + 78z — 141 = 5322 — 9

0. 22° +22 =32 +1 =23z —1)W3z—1

Ne+1>3—+x+4
Vor—1++z+3>4

2(x—2)(3’/4m—4+\/2x+2)23x—1

(z 4+ 2Nz +1>272% —272% 4122 -2

V3 —2z + -2z <6

5
N2z —1

b/s:

b/s:

b/s:

b/s:

b/s:

b/s:

b/s:

b/s:

b/s:

b/s:

BE HOC VO BO' - CHUYEN CAN SE PEN BEN
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TUYEN TAP PE THI PAI HOC CAC NAM

HT15. Giai bit phwong trinh:

1) (B-2012) z +1+a? —4z+1> 3z
2) (A - 2010) v v >1

1—42(2% —z+1) N

3)(A-2005) V52 —1 Nz —1>~22—4

2
2(z” —16 —

Nr—3 z—3
5) (D - 2002) (z° —32)V22° —32—-2 >0

b/s: 1)

4) (A-2004)

U[4;+00) 2) z=

N2<z<10

3-+5
9

0;l
4

4) :v>10—\/a 5)I<—%UI=2UIZ3
HT16. Gidicac phwong trinh sau:
1) (B-2011) 32 17— 6v2— 2+ Wi — 22 = 10— 3z
2) (B-2010) V32 +1 -6 — 2 + 322 142 —8 =0
3) (A-2009) 293z — 2 + 36— 5z —8 = 0
4)(D-2006) V22 —1+42% 32 +1=0

5) (D -2005) 2\z +2+ 20z +1 -z +1=4

B/s:l)x:g 2)z=5 3) 7 =2 4)z=2-2

BE HOC VO BO' - CHUYEN CAN SE PEN BEN
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CHUYEN PE HE PHO'NG TRINH

I. CAC DANG HE PHUO'NG TRINH CO’ BAN

1. Hé phwong trinh bic nhit hai 4n

T+ by =
! 1y =4 (a12+b12¢0,a§+b22¢0)
ayT + by = ¢,
Giai va bién luan:
a, b ¢ b a, c
-Tinhcicdinhthe: D =]+ Y, p =1 1, p =1 1
ay b Ty b Yolay ¢
XétD Két qua
D Z0 Hé c¢é nahiém d hdi D, D’t/]
é c6 nghiém duy nhdt |r = —%;y = —
¢ gnie y D Y D
D=0 Dy Z0 hodc D, Z0 Hé vé nghiém
) Di=D,=0 Hé c6 vé s6 nghiém

Chui y: D€ gidi hé phwong trinh bdc nhdt hai dn ta cé thé ding cdc cdch gidi da biét nhw: phwong phdp thé, phwong
phdp cdng dai sé.
2.Hé géom 1 phwong trinh bic nhit va 1 phwong trinh bac hai
e Tir phwong trinh bac nhat rit mdt 4n theo 4n kia.
 Thé vao phwong trinh bic hai d€ dwa vé phuwong trinh bic hai mot 4n.
* S6 nghiém ctia hé tuy theo s6 nghiém ctia phwong trinh bic hai nay.
3. Hé ddi xirng loai 1

.y flz,y) =0 g .
HE c6 dang: (M {g(m ) =0 (voiflx y) = v, x) vag(x,y) = g0y, X))-
(C6 nghia 1a khi ta hoan vi gitra x va y thi f{x, y) va g(x, y) khong thay dai).
*batS=x+y P=xy.
e Dwa hé phwong trinh (1) vé hé (II) v&i cac dnla Sva P.
* Giai hé (II) ta tim dwoc S va P.
* Tim nghiém (x, y) bang cach giai phwong trinh: X2-SX+P=0.
4. Hé d6i xirng loai 2
Hé c6 dang:
fy,z)=0 (2)
(C6 nghia la khi hoan vi gitra x va y thi (1) bién thanh (2) va ngwoc lai).
e Trir (1) va (2) vé theo vé ta duoc:

" [f(w) =0 )

(I) - f(w7y)_f(y7w) = (3)
flz,y) =0 ©)
e Bién ddi (3) vé phwong trinh tich:
xr =
() = @=y)glzy) =0 o
[f(w,y) =0
* Nhuw vay, (D = ) =0 .
g(I’ y) =0

* Giai cac hé trén ta tim dwgc nghiém ctia hé (I).
5. Hé dang cap bac hai
2 2
a;,x” +baxy+cy =d
Hé c6 dang: m {17, T T
ay” + by + coy” = d,
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* Giai hé khix =0 (hodcy =0).
 Khi x #0, d3t y = kz . Thé vao hé (I) ta dwoc hé theo k va x. Khir x ta tim dwoc phwong trinh bic hai theo k. Giai
phwong trinh nay ta tim dwoc k, tir dé tim dworc (x; y).

Chu y: - Ngodi cdc cdch gidi théng thwdng ta con st dung phwong phdp ham s dégidi (sé hoc & 16p 12).
- V&i cdc hé phuwong trinh déi xing, néu hé c6 nghiém (x);y,,) thi (y,; ) cling la nghiém cia hé. Do dé

néu hé cé nghiém duy nhdt thi =, = y,.

BAI TAP
HT1. Giai cac hé phwong trinh sau:
1) 2 2 2) 2 2 3) 2 2
7 +y° —xy—2x+y)=-31 T 4ry+y” =13 4y +r+y=28
13
9 £+£:E 5 |70 ety =17 6 oty 4yt =481
y oz
z+y=6 rHytay=>5 w? +ay+yt =37
b/s: 1) 2) 3)
4) 5) 6)
HT2. Giai cac hé phwong trinh sau:
r+2y=-1 ? =2y =2 22° +4y> + 2 =19
2 2 2) 2 3) 2 2
¢ 4+ 3y" —22 =2 20" +ay—y =9 Tty +y="7

3) (1;2);[_§ __]’[ «/_ 34433

4 4

5+«/§.3\/§]

51 _
b/s:1) (L-1); (—; —;) 2) (1) 1 2

HT3. Giai hé phwong trinh sau (ddng c4p bac 2)

1 :v2—:vy+y2:7 2) m2+:vy—y2:—1 3) m2—4wy+y2:1
x2—2my—3y2:0 2w2—wy+3y2:12 y2—3:vy:4
2 2 2 2
¥ =3zy+y =5 327 + 5y —4y” =38
4) Y y 5) Y Y
227 —zy — y 527 — 9y — 3y =15
H | voneal g
31 /31 31 31
3) (=1—4),(1;4) 5) (=3;-1).(3:1)
HT4. Giai cac hé phwong trinh sau (dm xirng loe_u 1)
i, 2) )R A
Tty +2z+y =11 T—y =2 z° +y° =35
Pty rr+y=4 Az 4y=7 r+1+ y+1=2+\/5
4) 5) 6)
sz+y+1)+yly+1)=2 z(z+3)(z+y) =12 \/;ju\/;:\/gjhl
:r2—|—y2—|—zy:13 : :r\/;—ky\/;:t}
7) 4 4 2,2 _ ) 2 2.
4ty +z7y" =91 'y +y'z =20
b/s:1) (,-4),(1;2),(2,-3),(21),(—4-3),(—=41),(=3;—4),(-32) 2) (=2-4),(42),(L-1)
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3) ((3;2),(2:3) 4) (—2;1),(1;—2),(_\/5;&),(&;_&)

_3;Jﬁ;—11—ﬁ]’[—3—2 21;—11+@ 6) (3;1),(1;3)

5) (=47),(1;2),

2 2
7) (=3;-1),(=%-3),(13),(3;1) 8) (1;4),(41)
HT5.  Gii cic hé phwong trinh sau (hé d6i xi¥ng loai 2)
2 1
o [y —1=5 . =yt gy |Vr By =2 =T
2y+Nr—-1=5 3y2:21+1 NY+5+Vz—2=7
T
3 B,
:r—|—w/ 1=1 z° =3x+8 2 _
k 5) \ Yy 6) Nx 2I2x+9
y+¥z—-1=1 y” =3y + 8z Y+ Y =+
\3/y272y+9
D/s: 1) (2:2) 2) (1;1) 3) (11;11)
4) (1) 5) (0;0), (V11:11), (11,11 6) (0;0),(1;1)
II. CAC PHUONG PHAP GIAI HE PHUONG TRINH
1. Phwong phap rut thé, phwong phap cong
HT6. Giai cac hé phwong trinh sau:
)
1 23— 2wy +5y =7 2) 223 + y(z + 1) = 42° 3 r—= y+1:5
2 4 6 2
3z —2x+y=3 Sr” —4dx” =y y+2(173)lx+1:,%
12
R I 1— =2
" 51:2—3y:1:—3xy 5) x2+x+y+1+x+ y2+x+y+1+y:18 6) [ y+3$]\/;
32 2 3 f [
7 —a" =y" =3y x2+x+y+1—x+ y2+1’+y+1—y:2 1+ 12 \/;:6
y+ 3z
6—2v33 —153+44v23 | [6+ 233 —153 — 444223 11
1 (12), ; : ; 2) (0;0),(1;2), |~
7 49 7 49 272
3 11 \/’ \/’
3) |52 DCORCRNES 5) (4:4) 6) (4+2 3:12 46 3)
2. Tim ma@i lién hé giira z,y tir 1 phwong trinh réi thé vao phwong trinh con lai
xy+zr—2=0 5w2y—4wy2+3y3—2(1ﬂ+y):0
Di s o 2, .2 2) 2, .2 2
2z —zy+z°+y —2zy—y=0 zy(z” +y*)+2=(z+y)
3) x3—6m2y+9my2—4y3:0 4 :vy+m+y=:v2—2y2
NE—y+T+y =2 T2y —yNz —1 =22 — 2y
5 gt =2 + 7y = —2® + T2 + 8 6 Nz — _\/;:8_;53
V3y2 +13 15— 20 =z +1 (-1 =y

73+3—2\/ 33/_:’3 (y+1) 8 No 4y e —y =1+ — 4>
w/3 _ 1/ 5 ay—2y—2 Vo +4fy =1
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2 2 o

9) 212: +:2L"y—y =br—y—2 10)|

4y trt+y=4 yly — )
B/s: 1) (L1), %ﬁ;—ﬁ} %ﬁﬁ] 2) (1), (~1;-
3) (2;2)7(32—8\/%;8—2\/6) 4) (5:2)
6) (21) 7)(3;2)

o413 ) |415.17
9) (1)~ 10) (1,1),[ = 3]

3. Dit 4n phu chuyén vé hé co ban

HT7. Giai cac hé phwong trinh sau:
y—r+y=3
Vi, 5 2)
+y —z+y+zy==6
2 :v2+:vy+y2=19(:v—y)2 5)
2’ —ay+y° =Tz —y)
2 2
y+zy” =6z
7) 2 2 2 8)
1+z%y” =52
8(z +y?) + day + ;=13
10) (z+y)
2z + 1 =1
x+y
31
b/s: 1) (0;-3),(3;0) 2) 5y ,(251)

5) (1;4) 6) (—3;2),(1;2)

9) (1;0) 10) (0;1)
4. Phwong phap ham sé

HT8. Giai cac hé phwong trinh sau:

1y N2z +3+44—y =4 2)
N2y +3+Vd—z =4

Y PR 1) 422 + Ve =6 ,
22y + 204y +1) =z ++2? +1

7 T =y +45 —y—5 8)
y=+vz+45 -z +5

0 (23— 32T —2 4+ (3y —20){6 —y = 0
J2r+y+2—-32+2y+8+32° —1dz -8 =0

THy+o=5
Y

(a:+y)£=6
Y

122 + 3y — 4y = 16

Az +5+y+5=6

z2+1+y(z+y):4y
@+ D)y +z-2) =y

3) (—1),(=37)

|

1

7) (1;2)7[551

1:3—3:E=y3—3y
240 =1

y(1+ 2%) = 21+ ¢?)
22 + 3y2 =1

N2z 4+1—+2y+1=z—y

1:2—121:y+9y2+420

10) |

322 +142y(z +1) = dyy2° + 2y + 1

=3—-3y
1), i%;i%

5) (3,—-2),(3;2)

8) (1;0)

202z +y=3-2z—y

1:2—2xy—y2 =2

\/m2+2m+6—y=1

mz—i—my—i—yQ =7

3)

6)

day + 4($2 + y2) + 5
9) (z+y)
1

T+y

2z + =3

4) (0;0),(3;2),(—2;—-3)

8) (1,2),(—2:5)

1 1
TR

z° +1 Y- +1
4 3% 1202

Y

3)

92 + =
y

Na? 421 =y —1+4°

Vi 421 =z —1+2°

6)

=2 +1=0
(B—aN2—1z — 22y —1=0
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11) )
20" =11z +9 =2y

13)

P/s:1) (3;2)

1
s

7) (44)
10) (1;1)

13)

v 37 +y+422 — 222421 = 2o +1N22 —1

a1+22%y —1= 3x+2\/1721’2y V1
2:L’3y —2? = \/a:4 + 2 f2x3yxl4y2 +1

el e

8) (V2:2)

11) (,0),(52)
3=+ V-3

14) (1,—1),[ S
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12)

14)

2y3+y+2$\/1—m=3 1—=z

V20 1ty =4+ +4

(x+\/1+x2)(y+\/1+y2):1

/6 — 22y +1 = 4oy + 62+ 1

3 1447 1247
373

6) (2;2)

9) (5:4)

12) (~3,2)
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