Trwong THPT Chuyén Bao Lgc

T6 Toan
PE CUONG ON TAP TOAN 11
HOQC KIi II - NAM HQC 2020 — 2021
A. GIAI T’I'CH:
I. Ly thuyet:

1. Dinh nghia va tinh chét gidi han cua day s6 va ham sb.

2. Dinh nghia ham s6 lién tuc tai 1 diém, trén khoang, trén doan va ing dung cua no.

3. Dinh nghia dao ham va cac quy tac tinh dao ham, dao ham cua ham s6 so cap, dao ham cap cao.
I1. Bai tap:

1. Tim gi6i han ham s6 (Cha y khtr dang vo dinh :% ; 2;oo—oo ;0.00).
Qo

2. Xét tinh lién tuc cta ham sé tai 1 diém,trén khoang, doan. Xac dinh tham sé dé ham s lién tuc tai 1
diém , trén khoang, doan.

3. Ap dung tinh lién tuc dé chimg minh phwong trinh ¢é nghiém.

4. Nam vitng cac qui tic, cdng thirc tinh dao ham, dao ham caia ham sé so cap, dao ham cap cao.

5.Viét phuong trinh tiép tuyén véi d6 thi ham so.
BAI TAP ON TAP.

1. Gioi han
Bai 1 :Tinh cac gidi han sau:
2 2 _ 2 _ 4_
1) lim X XFE g iy X 2X =3 3lim > 1 4) lim X3
x>-4  X+4 x>1 2x° —x -1 x>1 X° —3X+2 x>=2 X° +2X
L 2-X Vax+1-3 7) X+1+x+4-3
S)liM——— 6) lim~—— > 8) lim
-2 Ix+7 -3 )xaz X2_4 lim \fX+5—’\/2X+1 )X”O X
x =4 x—4
Bai 2: Tinh cac gigi han sau:
. 2x-1 2 _ 2
1) lim 2) lim X =3+3 3) lim X ~2%+3 4) lim XX
x—3 X—3 x—2* X—2 x—1 (X_l) x—>0" X—\/;
Bai 3: Tinh cac gigi han sau:
. —X+3  2x3+3x-4 Jx2 - NEE
D im — 2) lim ——— 3) lim VXToX+5 4) lim X —3X +2x
X x40 —¥X° — X +1 X—>—00 2x -1 x——o0 3x—1

5) lim (WX +2x+3-x)  6) lim 2x—v4x?—x+3) 7) xﬂmw(\/X2+X—l—\/X2—X_l)
Bai 4: Tinh cac gidi han sau:
1) lim (= +x* =x+1)  2) lim (x* -2x* =3)  3) lim (-2x° =2x* +Xx=3) 4 [im /3x% —5x

X—>—o0 X—>+00 Koo

Bai 5: Tinh céc tong sau:

1 11 23 23 23
a S=2+1+—+—+—+... S= + + +...
2 4 8 100 10000 1000000
n-1
C. 8:1—£+£—i+...+[_—1] +... d. S=3—\/§+1—i+l—...
3 9 27 3 J3 3
Bai 6: Xét tinh lién tuc trén R cia ham sé sau:
X2_4 ) X2 -1 ,X<l
a) f(X){x+2 khio x=—2 b) f(X){ x—1
) > X1
—4 khi X=-2 X



) X2 +Xx—2 Khi 5 )
Bai 7: Chohamsb f(x)= 1" 352 <" X* 7% Vi gid tri nao ciia m thi ham s lién tuc tai x =-2.
2X+m khi x=-2
Bai 8: Tim cac gié tri cia m dé cac ham s sau lién tuc trén tap xac dinh cua chdng:
2

X —X—-2 .
— — khi x#2
f(X)=1 x-2

m+1 khi x=2

Bai 9: Ching minh rang phuong trinh sau c6 it nhat hai nghiém: 2x°*—10x—7=0
Bai 10: Chiing minh rang phuong trinh:

) m(x—1)°(x* —4)+x* =3=0 ludn c6 it nhét 2 nghiém v&i moi gid tri cua m.

b) x> +mx> —1=0 ludn c6 1 nghiém dwong.

2. Dao ham.
Bai 1: Tim dao ham cac ham sé sau:
1) y=x®—2x+1 2)y =2x* —2x? + 3x ‘3) y=(x2 +x)(5—3x?) ‘4) y=(t +2)t+2)
5) y=x(2x-1(Bx+2) 6) y=(x+1)(x+2)>(x+3)°> 7) y=(x>+5)° 8) y=(1-21)"°
9) y=(x°+3x-2)* 10) y =(x" +x)° 11) y=+x*-3x+2 12) y=vx* +6x* +7
2x -3 2x* —6x+5 2X 3
13) y= &2 TP 15) y = 16) y=———«——
)Y X—2 14) y % + 4 )Y x? -1 )Y (x? +x+1)°
3x2—2x+1 18)y = 3x—2 19) y= x 1+ x2 20) y=~+/X—1+~/Xx+2
17y =X —eXt R
2%x—3 X" —X+
3 3 4 5 6 2 _ay.4 3
21) y==—-64x 22) y="—- 4 S _ X ToX+ 4 (2.1
)y X )Y x x2 x* x 23)y 2x% + X +3 24)y_(x +;_6&j
25) y = 1+x 26) y = x/x 27) y = 1 28)y = (X+DVx* + x+1
NI XA X
x? Cir 30) y= v3x® —ax+2a , (alahingsd)
29) y=———  (alahingsd) y ’ 9
Vx? +a’

Bai 2: Tim dao ham cac ham sé sau:
1) y =sin2x —cos2x  2)y =sin5x — 2cos(4x + 1) 3) y=2sin 2x.cos 3x 4) y=siny/2x+1

5) y=+/sin2x 6) y=sin’ x +cos® x 7) y=(1+cotx)’ 8) y =cos x.sin® x
9) y=sin(sinx) 10) y = cos(x* + x -2) 11) y =sin’(cos3x) 12) y = x.cotx
1+sinx _ 3 T _ x+1 16 zsinx X
13) y= > sinx 14) y =cot (2X+Z) 15) y =tan )y < sinx
17) y=+1+2tanx 18) y =+/2+tan’ x 19) y:—S!nX+COSX 20) yzsin“l
sSin X — CoS X 2
Bai 3: Tim dao ham cép 2 cia caa ham sb sau:
1) y=x>-2x+1 2)y=2x* —2x2 +3 2x -3 2 _
) y=X X+ )y =2x X+ 3) y= - 4)y=2X 6X+5
X 2x+4
5) y = sin2x — c0s2x 6) Yy = X.C0S2X 7) y= JX 8) y=x N+ x2
Bai 4: Tim vi phan cua cia ham sé:
2 —
1Dy=x*-2x+1 2) y=(x>+2)(x+1) 3) y:% 4) y =3sin® x.sin3x
X+
Bai5: a) Cho f(x)=+/3x+1, tinh (1) b) Cho f(x)=(x+10)". Tinhf "(2)



T n
c) f(x)=sin3x. Tinh f"| ——1; £"(0);f"| —
)0 2 i)
Bai 6: Cho ham s6: y = x* + 4x +1. Viét PT tiép tuyén cua dd thi ham sé trong cua truong hop sau:
a) Tai diém c6 hoanh d6 Xo = 1
b) Tiép tuyén co hé sé goc k = 31;
¢) Song song véi duong thang d:y = 7x + 3:
d) Vuéng géc véi duong thing A: y = - % x—5.
Bai 7: Chirng minh rang cua ham sé sau thoa man cua hé thuc:

a) f(X)=x>+x>-2x—-3 thoaman: f'@+ f'(-1)=—4f(0);b) y:x—_i; 2y =(y—Dy"
X+

C) Y =a.cosx +b.sinx thoa méan hé thac: y”’ +y=0.
d) y = cot2x thoa man hé thae:  y’ +2y*+2=0
Bai 8: Giai phuong trinh : y’ = 0 biét rang:
1) y=x>-3x*-9x+5 2) y=x*-2x*+5 3) y=x*-4x>+3 4)y=xy1—x?
2
5) yzﬂ 6) y:x+i 7) y= ZX 8) yzlsin2x+sinx—3
X—2 X X +4 2
Bai 9: Giai ciia bat phuong trinh sau:
)y >0 voi y=x"-3x>+2 2)y’ <4 véi y=%x3+%x2—2x+3
2
3)y' =0 voi y=X+—Xl+2 4)y'<0 véi y=+2x—x?
X_

Bai 10: Cho ham sé: y:§x3 —M+)x® +3M+Dx+2.

1) Tim m dé phuong trinh y’ =0:
a) C6 2 nghiém. b) C6 2 nghiém trai dau.
c) Co 2 nghiém duong. d) C6 2 nghiém &m phén biét.
2) Tim m dé y’ >0 véi moi x.
B. PHAN HINH HQC
I.LY THUYET: ( Nidm virng kién thirc sau dé van dung lam bai tap )
1. Sy dong phang cua cac vécto. Diéu kién dé 3 vécto dong phang.
2. Goc gitra 2 duong thang. Hai duong thang vudng goc.
3. Pinh nghia duong thang vudng goc voi mat phang. Lién hé gitra quan hé song song va quan hé
vubng goc caa duong thang va mat phang.
4. Pinh 1i 3 duwong vubng goc.
5. GAc giira duong thang va mat phang.
6. Goc giira 2 mat phang.
7. Piéu kién dé 2 mit phang vudng goc va tinh chat cua hai mat phang vudng goc.
8. Pinh nghia hinh ling try démg, hinh ling try déu, hinh hop dang, hinh hop chix nhat, hinh lap
phuong, hinh chép déu, hinh chép cut déu.
9. Khoang céch tir mot diém dén mot mat phang, mot duong thang. Khoang cach giita duong thang va
mat phang song song, gira hai mat phiang song song. Khoang céch giita hai duong thang chéo nhau.
I1. BAl TAP ON TAP:
Bai 1: Cho hinh chép S.ABCD, ABCD la hinh vuéng canh a, tim O; SA L (ABCD); SA = aV/6. AM, AN I3
cac duong cao cua tam giac SAB va SAD;
1) CMR: Céac mat bén cua chop la cac tam giac vubng.
2) Goi P la trung diém cua SC. Chiing minh rang OP L (ABCD).
3) CMR: BD L (SAC), MN L (SAC).



4) Chang minh: AN L (SCD); AM 1.SC.

5) Chting minh: SC L (AMN).

6) Chung minh: BN L SD.

7) Tinh goc gitra SC va (ABCD). ‘
Bai 2: Cho hinh chop S.ABC c6 day ABC la tam giac vudng céan tai B, SA L (ABC) . Ké AH , AK lan luot
vuobng géc vai SB, SCtaiHvaK,c0 SA=AB=a.

1) Chang minh tam giac SBC vubéng.
2) Chtrng minh tam giac AHK vubéng va tinh dién tich tam gidc AHK.
3) Tinh goc gitta AK va (SBC).
Bai 3: Cho hinh chop S.ABCD c6 day ABCD la hinh vudng canh g; SA=SB=SC=SD=a+/2; O latam cua
hinh vuéng ABCD.
a) Chung minh (SAC) va (SBD) cung vubng géc vai (ABCD).
b) Chiang minh (SAC) L (SBD).
¢) Tinh khoag céch tir S dén (ABCD).
d) Tinh goc gitra duong SB va (ABCD).
e) Goi M la trung diém cua CD, ha OH L SM, chitng minh H 1a tryc tam tam giac SCD.
f) Tinh gdc gitra hai mat phang (SCD) va (ABCD).
g) Tinh khoang cach gitra SM va BC; SM va AB.
Bai 4: Cho hinh chép S.ABCD c¢6 SA L (ABCD) va SA=a; ddy ABCD la hinh thang vudng c6 day bé 1a BC,
biét AB=BC=a, AD=2a.
1) Chung minh c&c mat bén cua hinh chdp 1a cac tam giac vudng.
2) Tinh khoang cach gitra AB va SD.
3) M, H 1a trung diém cua AD, SM. Chitng minh: AH L (SCM).
4) Tinh géc gitra SD va (ABCD); SC va (ABCD).
5) Tinh goc gitra SC va (SAD).
Bai 5: Cho ti dién OABC c6 OA, OB. OC d6i mét vudng goc nhau va OA=0B=0C=a
a)Chting minh cac mat phang (OBC), (OAC), (OAB) dbi mot vudng gac.
b)M la trung diém cia BC, ching minh (ABC) vudng goc véi (OAM).
¢)Tinh khoang cach gitra OA va BC.
d)Tinh goc gitra (OBC) va (ABC).
e)Tinh d(O, (ABC)).
Bai 6: Cho hinh chop S.ABC c6 day ABC 1a tam giac vudng can dinh C, CA=CB=2a, hai mit phing (SAB)
va (SAC) vudng goc voi mit day, canh SA=a. Goi D 1a trung diém ctua AB.
a) Chung minh: (SCD) L (SAB).
b) Tinh khoang céch tir A dén (SBC).
¢) Tinh goc giira hai mat phang (SAB) va (SBC).
Bai 7: Cho tir dién déu ABCD canh a.
a) Tinh khoang cach giita hai dudng thang AB va CD.
b) Tinh goc gitta cac canh bén va mat day.
c) Tinh goc gitra cAc mat bén va mat day.
d) Chtng minh céc cap canh di vudng goc nhau.
Bai 8: Cho hinh lang tru dimg ABC.A’B’C’ c6 AB=BC=a; AC=a J2
a) Chizng minh rang: BC vudng géc véi AB’.
b) Goi M 1a trung diém ciia AC, chimg minh: (BC’M) L (ACC’A”).
c) Tinh khoang céach gitta BB’ va AC.
Bai 9: Cho hinh lang tru dirmmg ABC.A’B’C’ ¢6 day ABC vuong tai C, CA=a; CB=b, mat bén AA’B’B la hinh
vubng. Tir C ké duong thang CH L AB, ké HK L AA”.
a) CMR: BCLCK, AB’ 1 (CHK).
b) Tinh gdc gitra hai mat phing (AA’B’B) va (CHK).
¢) Tinh khoang céch tir C d&én (AA’B’B).



Bai 10: Cho hinh chép S.ABC c6 day ABC 1a tam giac vudng tai B; SA L (ABC), SA= aJ3 vaAB=a
a) Ching minh: (SBC) L (SAB).
b) Tinh goc gitra (SBC) va (ABC)
¢) Goi AM 1a duong cao cua ASAB,N 1a diém thudc canh SC.cm: (AMN) L (SBC).
d) Tinh khoang céch tir A dén (SBC)
a\/3

Bai 11: Cho hinh chép S.ABCD c6 day ABCD 1a hinh thoi canh a va A=60°, SA=SB=SC =SD = —

a) Tinh khoang cach tir S d&én (ABCD) va d6 dai canh SC.
b) Chirng minh ring (SAC) L (ABCD) va SB L BC.
c) Tinh tan cua goc gitra (SBD) va (ABCD)

Bai 12: Cho hinh chép S.ABC c6 AABC déu canh a, SA L (ABC), SA:ga. Goi I 1a trung diém BC.

a) Chung minh: (SBC) L (SAI).
b) Tinh khoang cach gitra SA va BC
c) Goi H Ia hinh chiéu vudng géc cua A Ién SI. Chiing minh: AH L (SBC). Tinh gdc giita AB va (SBC)
d) Tinh gbc gita (SBC) va (ABC).
Bai 13: Cho hinh chop S.ABCD c6 day ABCD la hinh vuéng canh a, SA 1L (ABCD) va SA= a6 .
a) Chitng minh : (SAB) L (SBC), (SAD) L (SCD), (SAC) L (SBD) .
b) Tinh goc gitra SC va (ABCD); SC va (SAB); AC va (SBC)
¢) Tinh goc gitra (SBD) va (ABCD)
d) Tinh khoang cach tir A dén (SBC)
e) Tinh khoang céch giira hai duong thang SC va BD; AC va SD
Bai 14: Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuéng canh a, SA L (ABCD) va SA= a\/g :
1) Chitng minh : BD L. SC, (SBD) L (SAC).
2) Tinh khoang cach tir A &én mat phang (SBD).
3) Tinh gbc gitra SC va (ABCD)
Bai 15: Cho hinh chép déu S.ABCD c6 canh day bang a va canh bén bang 2a. Goi O la tim caa day ABCD.
a) Chitng minh rang: (SBD) L (ABCD), (SAC) L (SBD).
b) Tinh goc gitta SA va (ABCD)
¢) Goi H 1a trung diém cua CD. Ching minh rang: (SOH) L (SCD)
d) Dung duong vudng goc chung va tinh khoang cach giira hai duong thang chéo nhau BD va SC.
C. MQT SO PE MINH HOQA
BO GIAO DUC VA PAO TAO PE KIEM TRA CUOI KI 11 - NAM HQC 2020 - 2021

BE MINH HOA Mon: Toan, Lép 11

Thoi gian 1am bai: 90 phut, khdng tinh thoi gian phat dé

Ho VA BN NOC SimA: oo oo ee e e e e eee e MA SO NOC STAE oo,
PHAN TRAC NGHIEM

Cau 1: Cho hai day (u,) va (v,) théaman limu, =2 va limv, =3. Gid tri cua lim(u, +v,) bing
A. 5. B. 6. C. -1 D. 1.



Cau 2: lim bang

2n+1

Cau 3: Iim(%) bang

A. 0. B.%. C.1 D. +o0
A T 2 M

Cau 4: leﬂg(x ~1) bang

A. 3. B. -1. C. 1 D. +oo.

Cau5: lim (2x+3) bang

A. +oo. B. 2. C. 3. D. —oo.

Cau 6: Cho ham sé y = f(x) c¢6 do6 thi (C) va dao ham f'(2) =6. Hé sb goc cua tiép tuyén cua (C) tai diém
M (2; f (2)) bang
A. 6. B. 3. C. 2. D. 12.

Cau 7: Pao ham cua ham sé y = x? tai diém x =3 bang
A. 6. B. 12. C. 3. D. 9.

Cau 8: bao ham ciahamsé y=x*+x la
A. 2x+1. B. 2x. C. 2x2 +1. D. 2x* +x.

Cau 9: Pao ham ciia ham s6 y=x*—-2x la

A. 3x*-2. B. 3x°. C. 3x*-2. D. 2x*—2.

Cau 10: Cho hai ham s6 f (x) va g(x) c6 f'(1)=2 va g'(1)=3. Pao ham ciia ham s6 f (x)+g(X) tai
diém x =1 bing

A. 5. B. 6. C. 1 D. -1.

Cau 11: Cho hai ham s6 f (x) va g(x) c6 f'(1)=3 va g'(1)=1. Dao ham cta ham s6 f(x)-g(x) tai
diém x =1 bang

A. 2. B. 3. C. 4. D. -2

Cau 12: Cho ham sé f (x) c6 dao ham f'(x)=2x+4 véi moi xeR. Ham s6 2f (x) cé dao ham la

A. 4x+8. B. 4x+4. C. x+2. D. 2x+6.

Cau 13: Pao ham cua ham s6 y =cosx la
A. —sinx. B. sinx. C. —CcosX. D. cosx.

cau 14: lim 2% ping
x=0 X
A 1l B. -1. C.0. D. +oo.

Cau 15: Pao ham cua ham sé y = x+sinx 1a



A. 1+ Cos X. B. 1-cosx. C. cosX. D. —cos X.

Cau 16: Trong khdng gian, cho hinh binh hanh ABCD. Vecto AB+ AD béng
A. AC B. BC. C. BD D. CA

Céau 17: Trong khdng gian, véi d,b,¢ 13 ba vecto bt ky, ménh d& nao dudi day dung ?

A. a(6+6)=a.6+a.6. B. a( —6)= b+

C. a(6+6)=a.6—a.6. D. a(6+

(ex]

.C.

Q
Q|

(@]]
S—
I

o
ol
+
o
(@]

Cau 18: Trong khong gian cho diém A va mat phing (P). Ménh dé nao dudi ddy dung ?
A. C6 diing mot duong thang di qua A va vudng goc véi (P).
B. C6 ding hai duong thang di qua A va vudng goc véi (P).
C. C6 v sb duong thang di qua A va vudng goc véi (P).
D. Khdng ton tai dudng thang di qua A va vudng goc véi (P).
Cau 19: Hinh lang try ding tam giac cé bao nhiéu mat Ia hinh chix nhat ? N —

A. 3. B. 1.
C.5. D. 2.
Cau 20: Cho hinh lap phwong ABCD.A'B'C'D’ ¢6 canh bang a. Khoang cach tir A’ dén mit phang (ABCD)
bang

A. a. B. 2a. C. 3a. D.

N |

Cau 21: Cho (u,) la cap s6 nhan véi u, =3 va cong boi g :%. Goi S, latong cia n sb hang dau tién coa

cap s6 nhan da cho. Taco limS, bang

3 1
A. 6. B. —. C. 3. D. —.
2 2
R L . .. 2Xx+1 khix>2 . .
Cau 22: Gié tri thyc ciia tham s6 m dé hamso f (x)= _ lién tyc tai x =2 bang
m khix<2
A. 5. B. 2. C. 3. D. 1.

Cau 23: Tiép tuyén clia do thi ham s6 y = x> —2x? tai diem M (L -1) c6 hé sé goc bang
A. -1. B. 1. C. 7 D. 5.

Cau 24: Dao ham ciia ham sé y =(2x+1)" 1a
Ay =8x+4. B. y=2x+1. C. y=4x+2. D. y=4x+1.

Cau 25: Pao ham cua ham sé y =3x*++/x 1a

A. 6x+i. B. 6X—i. C. 3x+i. D. 6x+i.

2x 2Jx 2Jx Jx

Cau 26: Dao ham ciia ham sé y =tan(2x+1) la



2 B __ 2 c 1 2
© cos®(2x+1) © cos?(2x+1)’ " cos®(2x+1) " sin?(2x+1)’

Cau 27: Pao ham caa ham s6 y = xsinx la
A. Sin X+ XCos X. B. sin x—xcos x. C. sin X+cos X. D. cos X+ xsin X.

Cau 28: Pao ham cua ham s y =sin2x la
A. 2C0s2X. B. —2cos2x. C. cos2x. D. —cos2x.

Cau 29: Pao ham cip hai ciaham s6 y = x*+2x a

A. 6X. B. 6x+2. C. 3x. D. 3x+2.
Cau 30: Cho ham s f(x):(x+1)3. Giatricua f"(1) bang

A. 12 B. C. 24. D. 4.

o

Cau 31: Trong khong gian cho hai vecto G,V tao véi nhau mot goc 60°, || =2 va |v|=3. Tich vo huéng
0.V bing
A. 3. B. 6. C. 2. D. 3\3.

Cau 32: Cho hinh chép S.ABCD c6 ABCD la hinh chir nhat va SA L (ABCD). Ménh d¢ nao duéi day dung
?

A. AB L (SAD). B. BC L (SAD). C. AC L (SAD). D. BD L (SAD).

Cau 33: Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuéng canh a, SA L (ABCD) va SA=a. Gbc gitra
duong thang SB va mit phang (ABCD) bang

A. 45°, B. 90°. C. 30°. D. 60°.

Cau 34: Cho hinh chép S.ABCD ¢ SA vudng goc véi mat phang day. Mat phang (ABCD) vudng goc Véi

mat phang nao dudi day ?
A. (SAC). B. (SBD). C. (SCD). D. (SBC).

CA&u 35: Cho hinh chop S.ABCD c6 day ABCD la hinh chir nhat, SA L (ABCD), AB=a va SB = J2a
Khoang cach tir diém S dén mat phang (ABCD) bang
A a B. \/2a. C. 2a D. \/3a.

PHAN TU LUAN

Cau 1: Cho hamsb f (x)=x*+ax’ +bx+c véi a,b,c e R. Hay x4c dinh cac s6 a,b,c biét rang f'(%):o

va o thi ciaham sé y = f (x) di qua cac diém (-1 -3) va (L-1).

Cau 2: Cho hinh chép déu S.ABCD c6 canh day bang a, goc giira canh bén va mit phang day bang 60°.
Tinh d¢ dai duong cao cua hinh chop da cho.

Cau 3: a) Gia s hai hamsé y = f (x) va y = f (x+1) déu lién tuc trén doan [0;2] va f (0)= f (2). Ching
minh phuong trinh f (x)— f (x+1) =0 ludn cé nghiém thudc doan [0;1].

X+2

X+1
tao véi hai truc toa do mot tam giac vudng can.

b) Cho ham sb y =

c6 dd thi (C). Timdiém M thudc (C) sao cho tiép tuyén cua (C) tai M



SO GD&DPT ... PE KIEM TRA CUOI KI 11 - NAM HQC 2020 - 2021
TRUONG THPT ... Mbén: Toan, Lép 11

DE MINH HOA 2 Thoi gian 1am bai: 90 phut, khéng tinh thoi gian phat dé

I. PHAN TRAC NGHIEM
. 1.
Caul: Ilmﬁ bang

A. 0. B. —x. C. 1 D. +oo.

Cau 2 : Cho hai day (u,) va (v,) théaman limu, =c va limv, =d Giatrj cua lim(u, +v,) bing

A. a+b. B. c. C. d. D. c+d.
Cau3: limx bang
Al B. b. C. 0. D. +o0.

Cau4: Giaswtacd lim f(x)=a va lim g(x)=b. Trong cAc ménh dé sau, ménh dé nao sai ?
X—>+0

X—>+00

A lim 1) _2 B. lim[f(x)+g(x)]=a+b.
X—>+o0 g(x) b X—>+00
C. Xlirﬂo[f (X)—g(X)]=a-b. D. XILTO f(x).g(x)=ab.

Cau 5 : Cho ham sb y = f(x) lién tuc tai x, . Taco lim f(x) bang
X—>Xp

A. f(x). B. f(X). C. X, D. x.
cau6 : limon—2921 o)
2n+2021
2
A. 2. B. E C. -1. D. —
2 3

Cau7: Iirrg(2021x2 —2) bing
A. 2021. B. -2. C. 2019. D. 0.
Cau 8: Choham s f(x)=x* va x, e R. Chon ciu ding.

A, (X)) =X, B. f'(x,)=x.  C. f'(x,)=2x,. D. f'(x,)khdng ton tai.



Cau 9: Pao ham caa ham sé y =6x° +4x* — x> +10 1a

A. y'=30x" +16x° —3x* B. y'=20x" +16x° —3x*

C. y'=30x" +16x> —3x* +10 D. y'=5x"+4x%-3x*

Cau 10: Cho u=u(x), v=Vv(x)la cac ham sé c6 dao ham tai diém x thudc khoang xac dinh va k 1a hang sé.

Xét cac dang thirc sau

uy u'v-v'u k) kv’

() (—j =——— (v=v(x)=0) (1 (—j =—- (v=Vv(x) = 0)
Vv v v v

(rm (uv)'=u'v-v'u

S6 dang thuc diing trong cac dang thac trén 1a

A.0. B. 1. C. 2 D. 3.

Cau 11: Chon khing dinh sai trong nhitng khang dinh sau.

. 5’_2 _ 1 x+1'= 2
A. (x) =1. B.( j_z. C. (Vx) ok D.(X_J T

Cau 12: Chon khang dinh diing trong nhitng khang dinh sau.

A. (X")=nx"-1(neN,n>1).. B. (7x)'=7.
C. (¢)'=1, c la hang sb. D. (x)'=0.

Cau 13: Chon khang dinh diing trong nhitng khang dinh sau.

1y 1 XY s ey 1
A. [__j == B. (?j =4x C. (bx)'=5"x D. (2«/;)— 2\/;

Cau 14: Chon khang dinh diing trong nhitng khang dinh sau.

A. (4x* +2)'=8x B. (%) = 3%
X
—5]' 15 - 1
C.|—=|== D. (\/3x2+x+1) =
(X“‘ X’ 2433 + x +1
A R £ . Ay
Cau 15: Cho hamso y=3x+1. Tinh o
X
1
A 3. B. 3x. C. 3Ax. D. 3
A N X=5 _. .
Cau 16: Chohamso f(x)=——=Tinh f'(2).
3X+2
17 17 29 17
A f'(2==—. B. f'(2)=——. C. f'(2=—. D. f'(2)==—.
()64 @ 64 ()64 ()16

10



2x% —4x+1

Cau 17: Tim dao ham caa ham sé y = 1
X_

2 _ 2 2 2
A y,=2x 4x2+3_ B. y,=2x 4X2+7. C. y'=2X 2x2+7_ D. y,=2x 4x2+3
(x=1 (x=1) (x=1) (x+1)

Cau 18: Cho cac ménh dé sau

(1). (sin x)' = —COSX (I1). (cosu)'=-u'sinu. (). (cotx)'=—-——.
SIN™ X

A. Cac ménh @& (1), (ID), (III) déu dung. B. Chi c6 ménh dé (I) dung.

C. Ménh dé (I1), (IIT) dtng. D. Chi c6 ménh dé (III) dung.

Cau 19: Tim dao ham cua ham s y =sin x*
A. y'=2Xxcos X% B. y'=2xsinXx’. C. y'=cosx’.D. y'=-2xcosx’.

Cau 20: Chon khang dinh diing trong nhitng khang dinh sau.

' 3 . .
A. (tan3x) = : B. (sin” x)’ =2sinx.
( ) cos’3x ( )
C. (cos®x) =2cosx. D. (cos?x)' =2cos2x.

Cau 21: Chon ménh dé sai trong cac ménh dé sau.

A. Néu 1 1a trung diém cua doan thdng AB va véi moi diém M taco 1A+ IB =—2MI

B. Néu gi cua ba vecto a,b,c cling song song v&i mot mat phing thi ba vecto ¢ ddng phang.
C. Néu G latrong tam cua tam gidc ABC va v6i moi diém M ta c6 MA+MB +MC =3MG

D. Néu trong ba vecto a,b,c c6 mot vecto 0 thi ba vecto dé d6ng phang.

Cau 22: Him sy = Jtanx 6 dao ham la

2 2
,:1+tan X B v/ 1 C.y= 1 D y,:1+tan X

Jtan x = cos? x+ftan x 2.Jtan x ' 2.Jtan x

Ay
~ \ ” \ X . 1 X PR
Cau 23: Dao ham cua ham s6 y =sin—- ta dugc két qua la
X
/ 1 1 /

Ay =—cos— B.y =——cos— C.y =cos— D. y =—cos—
X

CAu 24: Cho ham séf(x)zﬂ,Tinh £ Z | bing

C0s3X 3
B. 2. C. 1 D. 0.

Cau 25: Mot chat diém chuyén dong cé phuong trinh s =t —3t? +4t (t tinh bang gidy, s tinh biang mét). Gia
téc cua chat diém tai thoi diém t =2s bang

11



A 4m/s’ B. 12m/s’ C. 8m/s’ D. 6m/s?
Cau 26: Pao ham cép hai ciia ham 6y =(x° —1)2 la

A y"=4x°—4x. B. y"=12x*-4. C.y"=12x*+4. D. y"=4x*—-4.
Cau 27: Cho hinh 1p phuong ABCD.EFGH , két qua cua phép toan AB+ AD— AE I3

A. EC. B. GE. C. CE. D. AG.
Cau 28:Trong khéng gian, xét cac ménh dé
(I) Hai dudng thang a va b phan biét ciing vudng gdc véi dudng thang A thi a va b song song vai nhau.
(11) Hai duong thing a va b phan biét cing vudng géc vai duong thang A thi a va b vudng géc véi nhau.
Chon khang dinh diing trong nhitng khang dinh sau:
A.Chi ¢6 (T) dling. B. Chi ¢6 (II) dung.
C.Ca (I) va (I) déu dung. D. Ca (I) va (II) déu sai.
Cau 29: Tap hop cac diém M trong khong gian cach déu hai diém A va B 1 tap hop nao sau day?

A. Mot duong thang song song véi AB. B . Mit phang trung truc ctia doan AB.
C. Mot mat phang song song véi AB. D. buong thang trung truc cua doan AB.
Cau 30: Cho tur dién ABCD c6 BCD la tam giac vuong tai C, AD vudng goc véi mat phang (BCD). Tim ménh
dé dung trong cac khang dinh sau.
A. CD L AC B. AC L AB C. BCLAC D. AB L BD

Cau 31: Cho hinh chép S.ABCD c6 day ABCD Ia hinh thoi tam O. Biét SO vudng géc véi AC va tam gidc
SBD cén tai S. Khang dinh nao sau day la dung?

A. AB 1 (SCD) B. CD L AC C. CD L (SAC) D. SO L (ABCD)
Cau 32: Chon phat biéu ding trong cac khang dinh dudi day.

A. Hai mat phang vuéng géc voi nhau thi moi duong thang nam trong mat nay s& vudng goc véi mat kia.

B. Hai mat phang phan biét ciing vudng gdc véi mot mit phang thi ba thi ching vudng géc véi nhau.

C. Hai mat phang phan biét cling vuéng goc véi mot mat phang thir ba thi ching song song véi nhau.

D. Hai mat phang vudng goc véi nhau thi moi dudng thang nam trong mat nay va vuéng goc véi giao tuyén

cua chung thi sé vudng goc vaoi mat kia.

Céau 33: Cho hinh chép S.ABC c6 day ABC 1a tam giac déu canh a. Canh bén SAzg va vudng goc véi mat
day (ABC). Xac dinh goc giira hai mat phang (SBC) va (ABC).

A. 30°. B. 60°. C. 45", D. 120°.
Cau 34: Chon phat biéu dang trong cac phat bieu sau

A. Khoang céch giira hai mat phang song song bang khoang cach tir mot diém bt ky trén mat nay dén mot
diem bat ky trén mat kia.

B. Buong vudng géc chung I1a khoang cach gitra hai duong thang chéo nhau.
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C. Khoang céch giita hai dwong thang song song la khoang cach gitra hai diém bét ky lan Iugt nam trén hai
duong thang do.

D. Khoang céch giira hai mat phang song song bang khoang cach tir mot diém bat ky trén mat nay dén mat
kia.

Cau 35: Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh bing a. Canh bén SA=a va vudng goc
vai mat day (ABCD). Goi d la khoang céch tir A dén mat phang (SCD), khi d6 d cé gié tri bang

A.#. B. av2. C.a. D. 2a.

I1. PHAN TU LUAN

Cau 1: Cho hamsé y=2x%—7 , ¢6 do thi ( C).Viét phuong trinh tiép tuyén cua (C ) tai diém c6 hoanh do
bang -1.

Cau 2 :Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng, tdm O. SA L (ABCD) va SA=AB=a. Tinh
khoang cach tir diém O dén mat phang (SCD).

Cau 3: Ching minh rang phuong trinh —2x* =2—-5x ¢ it nhat hai nghiém dwong .

13



TRUONG THPT CHUYEN BAO LOC
TO TOAN
PE CUONG ON TAP HQC Ki 2-MON TOAN-LOP 11 CHUYEN

NAM HOC 2020-2021

I/N6i dung 6n tap

Hoc sinh can nam céc kién thie trong tdm sau:
1.Giai tich

- Hiéu dinh nghia, tinh chat cac loai ham sé : Ham sé mii, ham sé lity thira, ham sé logarit. Biét
khao sat, giai phuong trinh, bt phuong trinh, hé phuong trinh lién quan dén cac ham trén.

- Tinh dugc nguyén ham, tich phan bang cac phuong phap nhu: doi bién, ting phan, truc tiép.
Biét dwgc (ng dung cua tich phan dé tinh dién tich hinh phang, thé tich khéi tron xoay.

- Hiéu duoc khai niém sb phic va cac phép toan trén tap sé phuc.
2.Hinh hec
- Hiéu khai niém khdi da dién, da dién 16i, da dién déu.

- Nidm cong thic tinh thé tich khéi chop, khéi lang tru. Biét phan chia cac khéi da dién phirc tap
dé dua vé cac khéi da dién don gian, thuan tién cho viéc tinh thé tich.

- Hiéu khai niém khéi tron xoay, biét tinh thé tich va cac van dé lién quan dén khi non, khéi try,
khéi cau.

11/ Bai tap rén luyén

Dang 1. Phwong trinh , bat phwong trinh mii, logarit

Cau 1. Tim m @ BPT sau c6 nghiém: 4* —m.2* +m+3<0. (DS: m<—-2vm>6).

Cau 2. Giai phuong trinh 2°* —6.2" — % + 12 _ 1
o3(-1) - ¢
Cau 3. Dinh tham s6 m dé cac bat phuong trinh

al 4 —m.2* +m+3<0 c6 nghiem? bl 472 +m2 " +m+3>0,VxeR?

¢/ log, Vx* +1 < log, (mx +m) c6 nghiém? (BH AN-00).

3 1

5 . x 2
Cau 4. Giai phuong trinh log,, (xz —5x + 6) 5 log (T] +logg (x —3)



Cau 5. Tim m dé bat phuong trinh (m—2)log?, (x—1)+2mlog, (x~1)-1=0 c6 nghiém

2 2

xe[12]
Cau 6. Giai bat phuong trinh 3% —8.3°"** 9.9 5 0

Cau 7. Giai bat phwong trinh \/logg x+log, x* -3 > J5(10g4 x? —3)

2

Cu 8. Gidi phuong trinh [In(2x ~3)+In(4—x*)| = |In(2x - 3)| +|In(4 - x°
Cau 9. Giai phuong trinh 4% 352 4 471005 _ 42684307 g
Cau 10. Giai bat phuong trinh: log, x +log, x <1+ log, x.log, x . Ps: 0< x <2 hay x > 3;

7+3J§T +n{7—3\/§T g
2

2

Céu 11. (HVCTQG TpHCM-99). Cho phuong trinh: [

a/ Giai phuong trinh khi m=7; b/ Bién luan theo m s6 nghiém cua phuong trinh.
Cau 12. Tim m dé phuong trinh

a) m2*-3"=m3-2% cénghiem; b/ 4*—m6* =(3-2m).9" c6 nghiem;
2 L
Cau 13. Tim m d& moi nghiém cua BPT (%)x + 3(3 " >12 ddu 1a nghiém cta bt phuong

trinh: 2x° +(m+2)x+2-3m<0. (Ps: m 2%)

Cau 14. Cho bét phuong trinh: m.9% —-(2m+1) 62 +m4> > <0
a/Giai bat phuong trinh khi m=6;  b/Dinh m dé bt phuong trinh nghiém ding Vx :|x| > %

Cau 15. Tim a dé: a.4* +(a-1)2?+a-1>0,vx

Cau 16. Tim m dé phuong trinh log(mx). =2 ¢06 nghiém
log(x+1)

2 1
— —+1
Cau 17. Cho bét phuong trinh: (%} +3.Gj" >12 (*)

a/Giai bat phuong trinh (*); (Ps: —1< x <0)

b/Xac dinh m dé moi nghiém cua BPT (*) déu 1a nghiém cua BPT sau day:

(m—Z)2 x? —3(m—6)x—m—l<0 (Ps: -1<m<5)



Cau 18. Tim a dé bat phwong trinh sau nghiém dung véi moi x e R:

202 _1og, — L |+ 2x| 1+ 1og, —4— |- 2| 1+10g, -2~ | >0
x( nga+1 * 0g2a+1 Og2a+1

Cau 19. Tim m dé phuong trinh \/Iogzz x+log, X*-3= m(log4 X —3) c6 nghiém x e (32;+x)

2
CAau 20. Tim m dé phuong trinh c6 nghiém:  x+/x ++/Xx+1=mlog, (2+Jﬁ)
CAC CAU PAI HQOC
A-02. Cho phuong trinh: log? x + m —2m—-1=0 (1) (m latham sd)
a) Giai phuong trinh (2) khi m =2; (Ps: x =3"%)
b) Tim m dé phuong trinh (2) c6 it nhit mot nghiém thude doan [Lsﬁ } .
B-02. Giai bat phuong trinh: log, <log3 (9*’ — 72)) <1.(Ps: log, 73<x<2)

D-03. Gidi phuong trinh: 27" — 227 =3 (Ds: -1; 2)

2 4y2 = 3 _p.2
X4y =25 Jri+2-y=1 2 =5y —4y
A-04: 1 ; B-05: ) 5 ; D-02: < g% 4 o1t
log, (y—x)—10g4 —|=1 3log, (9x )—10g3y =3 — =y
H y 2 42

A-06. Giai phuong trinh: 3.8" +4.12" —18" —2.27* =0. (Ds: x=1)

B-06. Giai bpt: log, (4" +144)—4log, 2 <1+log, (2 +1) (Ps: 2<x <4)

e —e = ln(l+x)—ln(1+y)

y—x=a

D-06. CMR: Va >0, hé phuong trinh { c6 nghiém duy nhét.

D-06. Giai phuong trinh: 27 % —4.2° " —2%* 4+ 4=0. (Ds: 0,1)
A-07. Giai bat phuong trinh: 2log, (4x—3)+log_, (2x+3)<2.
B-07. Giai phuong trinh: (v/2 —1)x +(v2 +1)x ~2J2=0. (Ds)

b a
D-07. Cho a > b > 0. Chting minh rang: (2“ +2ij < [2}’ +2ibj .



D-07. Gidi pt: log, (4" +15.2" +27)+ 2log, (4 >3

j:O.(Ds: x =log, 3)

A-08. Giai phuong trinh log,, , (2x2 +x —1) +log,,, (2x —1)2 =4.(Ds: 2;%)

X +x xz—3x+2>

0.

B-08 Giai bpt: log,, (log6 J <0; D-08: log

1
X+ 3

log, (3y —1) =x D-

1 Z4y?)=1+1
A-09:) %2 (x*+5) oz (%) - B-10:
3"2_"”«"2 =81 4* + 2% = 3y2

10 2log, (x—2)—logﬁy:0
x*—4x+y+2=0

D-10. Giai phuong trinh 4272 2% = 422 | pifrdre

D-11. Giai phuong trinh log, (8—x*)+log, (\/1+x +\/1—x)—2 =0.
2

D-13. Giai phuong trinh 2log, X+ log, (1—&) :%logﬁ(x-zﬁJr 2).

2

X?+2y=4x-1

B-13. Giai h¢ phuong trinh
iai h¢ phuong trin {ZIogs(X—i)"Ogﬁ(erl):O

D-14. Giai phuong trinh log, (x—1)—2log, (3x—2)+2=0

Giai phuong trinh log, (X* +x+2)=3.

A2001. Tim m dé véi Vx €[0;2] thoa méan log, vx* —2x+m +4\/’Iog4 (x*—2x+m) =5

Dang 2. S6 phirc




SO PHUC

1. Pinh nghia
a/ Dang dai s6: (hay con goi la dang chudn tic) c6 dang: z=a+ib (a,beR)

a: phan thuc (Real); ky hiéu: a=Rez

Y
____________ b: phan do (Image); ky hiéu: b=Imz.
! i : don vi do.
b z E
®
Dé S 1 dai sé phac: (modul sé phirc): r =|z|=va®+b .
| °= —

b/ Dang lwong giac:

z:a+ib:\/a2+b2{

a . .
+1 =r(cosp+ising),(a,beR)
JaZ +b? \/a2+b2j

Véi Cosp = , Sing = r=+va?+b?,p=argz (goi 1 argument cia z)

a b
Ja?+b? Jai+b?
2. Sb phuic lién hep. Ky higu: z .

+Néu z=a+ib — z =a—ib; + Néu

z=r(cosp+ising) — z =r(cosp—ising)

3. Cac phép toan: Gia sir z, =a, +ib, , z,=a,+ib, (a,b,a,, b, eR).Taco:

=a
*Phépsosanh: z, =z, < {Zli bz , * Phép cong- true: z, £z, =(a,ta,)+i(b +h,)
=M%
* Phép nhan: z,.z, =aa,—bb, +i(ab,+ab,); *Phep chia: L zl.| 1|2 Z,.
Z, z,

* Dgc bigt, néu  z, =r,(cosg, +ising,); z,=r,(cose, +i sing,). Ta co:
a) Phép nhan: z,. z, =r,. r,[cos(p, +¢,) +isin(g, +,)];

z

b) Phép chia: Z—l = :—1[(:03((01 —@,)+isin(p - g, )] ;
2 2




¢) Phép lity thira: (cosg-+ising)” =cosng+isinng, ¥n e N (Cong thiic Moivre).

4. Céac tinh chat. Cho z, 71, z, 14 céc sé phiic, ta co:

1) z =z; 2) 2,+7, =7,+ 7,; 3) 2.2, =7,.2,;
4) 7+ z =2a; 5) z—z =2ib; 6) z.z =a’+b? =r?;
7 = ; 8 < : 9 ﬁ_ﬂ
) |22, =|z.| |z, ; )|z, + 2, <|z|+|z,]; ) : _| |
2 2

5. Cin bac hai ctia s6 phirc: z la can bdc hai cia sé phic W <> z2 =w.

1. Tim ReW va ImW (phan thyc va phan 40) caa cac sé phuc sau:

a) W = (3—2i) + (4-3i)(L—i) - (2-3i)%; b) W = (L+i)> + (4 +3i)(1—i)? — (2—i)?;
c) W =(3-2i)°—(2-3i)’; d) W =1+(1-i)° -3(2-3i)";
&) W =(1-i)" (V3+i) ; f)W:Ziltf+2;i+‘i/§;

2i I 1+i 3i

(] (a8

i (i)

i) W :(cos%ﬂsin%j i5(1+iJ§)7; i)W =

i® +\10
k)W=[1—+!j P —@es@Ee2) T pw=)
1‘ i (3 +iy
2. Viét dang luong giac cua cac sé phic sau:
A=1+i; B=-1+i\/3; C=1-i; D=-1-i; E=-c0s30° +i sin30’; F:ﬁﬂ,
~i

3. Cho z=cosg+ising (¢ € R). Chang minh rang véi moi s6 nguyén n>1, ta co:

a) z”+in:2005ngo; b) z”—in=2isinn(p.
z z

4. Tim phan thyc phan 4o cua sé phac w=z*% +

- L N 1
e biet rang z+;=1.

5. Cho s6 phuc z=x+iy (x,y € R). Tim ReW va ImW

2|z+«_/§; C)W_z+z
z-3i

a) W=2z"-32+4; b) W = =,
1-3iz




6. Giai cac phuong trinh sau (an z):

2+i . 3i-1. I T T 2 T 4.
a) 3 2T b) [(2 i)z +3+|].(|z+2_ij_0, c) 2°+z =0;
d) z+2iz =2+3i; e) 2° +|7|=0; f) 22 +|z[ =0;

0)|z|-z=1+2i
h)ﬁ:_—z—il; i) [22-i@-4i)|=|z+2i|; ]) z+|z|=2+i; K) z =—4z;

iz-1 5 5
) z—(2+3i)2=1—9i; m) ;—5+i\/§—1:0; n) z2+z =0; 0) z° :|z|2+E

z

7. Tim tap hop diém trong mat phang Oxy biéu dién céc sé z thoa man:

a) ‘z+?+3‘=4; b) ‘z—?+1—i‘=2; ) (2—i)(i+z) lasd thuctlyy;
d) 2|z—i|:‘z—2+2i‘; e) 22—(5)2 =4; f) 2—i)(i+z) lasdaotuyy;
o) |2i—2z|=|2z-1; hy l2iz-1=2[z+3.

8. Tim s phtic z thoa man:

z-2i
Z+i

z-3i
Z+i

Z—_; =1, ©)j) 2+322+6=0
Z_

z—l_

a) =1 A -(=1; D) =2 A
Z—1

9. Thuc hién cac phép tinh:

oA ) B TN S (1,.48).
) A= , b) C=(1+i)"; )D——(l T d)E_( > }

(1_i)7 +i) + 2
orof oo (8] ol ]

10. Tim cin bac hai ciia cac sé phuc sau: A=3-2i; B=—1+4iy/3; C=4+6i/5;
D=-1-2i/6

11. Giai cac phuong trinh
a) (z—i)(2* +1)(2° +i)=0; b) (zz+z)2+4(zz+z)—12=0; c)
22 —(2+i)z+7i-1=0



d) 22 +/32+1=0; e) 22—(Bi+2)z+3i=0; f)
7°+3(+i)z+5i=0

) z2—(3-2i)z+5-5i=0; h) zz—(1+i\/§)z—1+i\/§:0; )22 +3z+4=0;
14. Goi z,, z, la hai nghi¢m phtrc cua phuong trinh:

a) z2°—2z+7i=0. Tinh gia tri biéu thic B=|z|+|z,| ;

b) 2% —(3—2i)z+5-5i =0. Tinh gia trj biéu thac C =|z,[* +|z,[ .

15. Cho s6 phic z thea (1+i)z+(3-i)z =2-6i. Tinh modul cua sb phic z .

16. Tim phan 4o cua s phac w=iz , biét iz+2z =1-i.

17. Goi z,, z, la hai nghiém phuc ctia phwong trinh 22 —4z+9=0 va M, N 1a c4c diém biéu
dién z,,z, trén mat phang phic. Tinh d6 dai doan MN?
2(1+2i)

18. Tim modul cua s phic z, biét (2+i)(1—iz)+ o =(3-2i)z.
+

19. Tim phan 4o cua sb phac z, biét (1+2i)z+(1-i)z =21+3i.

20. Tim modul cia s6 phuc @=1+iz+2°, biét z+(2—i) z=5+i.

n+2 !

-\N+3
21. Tim phan ao caa s6 phic z:% biét %Iogz(n—B)—logl(n+9)=3, neN.
i++/3 4

22, Goi A, B, C 1a céc diém biéu didn cia cac s _4—'1 L (1-i)(1+2i) va 23+ bi
= —i

trong mat

phang phtc. Chitng minh AABC vudng.
23. Cho s6 phirc z thoa mén (1+2i)z =1-2i. Tinh modul cua sb phic w=2iz+(1-2i)z .

PE PAI HOC

A-09. Goi z,, z, la hai nghiém phtic ciia phuong trinh: 2> +2z+10=0.
Tinh gia tri biéu thue A=|z,|" +|z,[".
B-09. Tim s6 phuc z thoa man diéu kién: ‘z —(2+i)‘ =10 va z.z7 =25.

D-09. Tim tap hop diém trong mat phing Oxy biéu dién cac sé z théa man: |z—(3—4i)=2.



A-10. Tim phan 4o cua sb phuc z, biét z = (\/§+ i)2 (1—i\/§).

B-10. Tim tap hop diém trong mét phang Oxy biéu dién cac s6 z thoa man: |z —i| =|(1+i)Z].
D-10. Tim s6 phitc z thoa méan: |z| =+/2 va 27 1a s6 thuan ao.

A-11. Tinh modul cua s6 phuc z, biét: (22 —1)(1+i)+(? +1)(1—i) =2-2i.

5+i\/§

z

B-11. Tim sb phuc z , biét: z — ~1=0

D-11. a) Tinh modul cua s6 phac z, biét : (1+2i)° z+2z =4i—20

b) Tim phan thuc va phan ao cua sé phuc 1, biét: 22 -2(1+i)z+2i=0.
z

5(Z+i)

N =2—i. Tinh modul cua sé phuc w=1+z+2z%.
Z+

A-12. Cho s phirc z thoa man

B-12. Goi z,, z, 1a hai nghiém phtc ctia phuong trinh: z? —2J3iz—4=0.

Viét dang lugng giac cua zi, z,.

. 2(1+2i .
D-12. Cho so phuc z thoa (2+i)z + ( +1 )=7+8i.T|’nh modul cta so phac w=1+2z+i.
i+
Lo , . . R s 7 -2z+1
D-13. Cho so phuc z thoa (1+i)(z—i)+2z = 2i. Tinh modul cua s6 phic w=———-.
z

A-13. Cho sb phitc z=1+i+/3. Viét dang luong giac cua sé phuc z. Tinh phan thuc va phan &o
ciia s6 phuc w=(1+i)z°.

A-14. Cho s6 phuic z thoa z+(2+i)z =3+5i . Tinh phan thuc va phin 4o ciia s6 phuc z.

QG-15. Cho s6 phirc z théa (1—i)z—1+5i = 0. Tinh phan thuc va phan ao cua sé phirc z .

Dang 3. TICH PHAN-NGUYEN HAM

] ¢l “In[xInx]*™”
1. (DHAN-99). Tinh | = [ ——=—adx; J=[——
( - J/Lxx/x2+9 " ;!. 1999x



tana cota

1
sdx+ | .
1 X(1+ x%)

2
3. (DH Thuay san-99). Tinh tich phan: a) _[sin xcos x(1+cos x)2 dx; b)
0

dx=1 (Vtana>0).

sin 2x(1+sin2 x)3 dx

ot—nly

X cos® X

N I g

4. (HVCTQG TpHCM-99). Tinh I:jwdx; I=| SIN2X. 1 sin? x dx
1 z
4

5. (PHBK HN-99). a/ Tim ho nguyén ham caa ham sé g(x) =sin xsin 2xcos5x. Tinh

2
I gx(x) dx
e +1
2
. .z N sin 2x LA LR X .
b/ Tim hai so A, B sao cho ham s6 h(x) = ———— c¢0 thé bicu dién dugc dudi dang:
2+sinx
0
h(x) = —AC0SX | BCOSX 'rinh tich phan [ hex)dx

2+sinx?  2+sinx

2

6. (PH CTho-99). a/ Cho ham f lién tyc trén [0,1]. CMR: | f(sinx)dx = | f (cos x) dx

O [y
O o [y

cos® x
sin X +Cos X

sin® x
sin X+COSX

3
b/ Ap dung tinh: | = dx; J = I
0

O o [N

4
7. (DH TMai-99). a/ Tinh tich phan [
- X%( x+1)

b/ Tinh dién tich hinh phang gigi han boi cac duong: x=—1; x=2;y=0;y = x> —2x

2 1
8. (DH KTCN TpHCM-99). Tinh tich phan 1 = [cos® xdx; J = [ xarctan xdx
0 0
9. Xac dinh céc hé s6 A, B, C sao cho: sinx—cosx+1= A(sin x4 2cos X +3) + B(cos x—2sin x) +-C

sinX—cos x+1

Dua vao két qua do, tinh tich phan | —
SiInX+2cosX+3

oy



T

V.4 2
10. Cho f 13 ham lién tuc trén [0,1]. Chiing minh ring: j f(sinx)dx =2 j f (sin x) dx
0

0

5 .
Dua vao két qua do, tinh tich phn: 1 = [ - dx
5 2—C0s” X
11. a/ Tinh [ ; b/ Giai phuong trinh: JX. :1, (x >\/§)
Bt -1 BtytP-1 12
12. Tinh céc cap tich phan | &J sau:
™ sinx ™ cosx toe e
a)I:j_—dx ;sz_—dx; b)I=IX —dx ;J = J. —dx;
5 SinX+C0S X + SiN X +COS X e +e e*+e
" cos® X 2 sin®x " "
I _[ dx d)l = jcoszxcoszmx; J= jsmzxcost.dx
< €0S° X +sin’ x ¢ €OS° X+sin® x ) d
F n
13.a/ Tinh I =j(1—x2) dx (neN);  b/ICMR:
0
1 2 3 n
1 G GG, gy G 2482
3 5 7 2n+1 1.35.(2n+1)
I 1 1 1 2" 1
14.a/ Tinh [(1+x)"dx (neN); b/CMR: 14+=Cl +2C2 4.+ ——C" =
0 2 3 n+1 n+1
t
15. a/ Tinh f (t) :_.'(4sin4 x—gjdx; b/Giali phuong trinh f (t)=0.
0
2 z
2 2 4 3
16. PHKT HN 97. Tinh | = [ —2—dx; J =jtan—xdx
0 N v 4—5C0s2X
kNG %  9ein2 2
A03. j #dx; BO3. jmdx; DO3. .”xz—x‘dx ;
E X X2+4 A 1+sin2x 0
2 e / 3
A04. Ide; BO4. dex; D04. Iln(xz—x)dx ;
1 1+4x-1 1 X
2 |n2x+smx 2 5in 2x C0S X 2
A05. ; BO5. | ——dx; DO5. | (e +cos x) cos xdx
'([ vi +3COSX ! 1+cos X .!( )



2 sin 2x "o 1 h
A06. | dx; B06. | ————dx; DO6. [ (x—2)e*dx;
5 \/COS? X + 4sin? X ns € +267 -3 0

Du:blAO?j 3_2Inx Du bi BO. j;d‘ﬂ” : DO7. [%*In? xdx;

x«/l+2|nx < 1++2x+1
5 tan® x 7 sm(x——) 2 Inx

A8. | dx; BO8. dx; DO8. [—~dx;
5 C0S 2X ’ sm2x+2(1+smx+cosx) 1 X
% 3 3

A09. I(cos3x—1)coszxdx; 809.I3+—|nxdx; D09.I 1 oax:
. L (x+1)° e -1
1.2 X 2,X e e

AL0. [2 72 F2XE Gy Blo.j'”—xdx; D10. | 2x—— In xdx;
. 1+2¢ - X(2+1Inx)? /

- 3 .

ALL J-xsmx_+(x+1)cosxdx; Bll.jl+xszlnxdx; D11, J- 4x -1 dx:
5 XSINX+CoSX 5 COS™ X o N2x+1+2
21+1In( x+1 1 3 4

AL2. [ dx; B12. [ o dx; D12. [x(1+sin2x)dx
1 o X' +3X°+2 5
2 ! > x+1)

A13.I In xdx; Bl3._|.xx/2—x dx; D13. I 1 dx;

. . X2 +

Al4. Tinh dién tich gidi han boi dudng cong y = x? —x+3 va duodng thangy = 2x+1.

B14. de X D14.
X"+ X

O [ 3

1
(x+1)sin 2xdx. QG15. I(x—3)exdx.
0

Dang 4. Non, tru, cAu

1. Mat non tron xoay
Trong mit phang (P), cho hai duong thang d, A cat nhau tai
O va ching tao thanh goc 3 v6i 07 < 8 < 90°. Khi quay (P)
xung quanh truc A vé6i goc 3 khong doi thi duong thang d sinh
ra mot mat non tron xoay duoc goi la mat non tron xoay dinh O.
« Nguoi ta thudng goi tit mat non tron xoay la mat non.
« Puong thang A dugc goi la truc, dudng thang d duoc goi l1a




duong sinh va goc 23 duoc goi la géc ¢ dinh.
2. Hinh nén tron xoay

Cho tam gidc OIM vudng tai I quay quanh canh goc vuéng OI
thi dwong gip khiic OIM tao thanh mot hinh, goi 1 hinh nén tron
xoay (goi tat 1a hinh nén).

« Puong thang OI goi la truc (chiéu cao), O 1a dinh va OM
goi la dwong sinh cia hinh noén.

« Hinh tron tdm [, ban kinh » = IM 1a day cta hinh non.
3. Coéng thic dién tich va thé tich caa hinh nén

xq nén

+ Dién tich xung quanh: |S = 7rl|, v&i r 1a ban kinh duong tron day, [ duong sinh.

- Dign tich toan phan cua hinhnén: |S, =S +S, = wrl+mr’|

t

« Thé tich cia khéinon: |V = %Sdév.h = %m“?h, v6i h = OI la chiéu cao hinh non.

4. Tinh chat
« Néu hinh nén tron xoay bai mit phang di qua dinh thi ¢ cac truong hop sau xay ra:
+ Mit phang cat mat nén theo 2 duong sinh = Thiét dién 14 tam giac can (hinh 1, 2)

+ Mait phang tiép xac v6i mit nén theo mot dudng sinh. Trong truong hop ndy, nguoi ta
goi d6 1a mit phang tiép dién ctia mat non (hinh 3).

L L5

Hinh 1 Hinh 2: thiét dién qua truc Hinh 3

« Néu cit mit nén tron xoay boi mit phang khéng di qua dinh thi c6 cac truong hop:
+ Néu mit phang cit vuéng goc voi truc hinh nén = giao tuyén 1a mot dudng tron.

+ Néu mit phang cét song song v6i hai duong sinh hinh nén = giao tuyén 1a hai nhanh
cua mot hypebol.

+ Néu mit phing cét song song véi mot dudng sinh hinh nén = giao tuyén 1a mot
duong parabol.

A £




M#t s6 trwong hop xoay hinh phing tao hinh ndn

B
Xoay AABC quanh truc AB
1\
A C
B
Xoay AABC quanh truc BC
(1
A C
B C
Xoay quanh truc AB
A
] D

Gap hinh quat dé tao thanh hinh nén

LY/ A\

Caul. Cho hinh nén c6 ban kinh day r = \/g va do dai duong sinh [ = 4. Tinh dién tich
xung quanh qu cua hinh non da cho.




Cau 2.

Cau 3.

Cau 5.

Cau 6.

Cho hinh nén c6 dién tich xung quanh bang 3ma” va ban kinh bang «. Tinh d6 dai
duong sinh [ cta hinh nén da cho.

Cho hinh nén c¢é ban kinh dudng tron day 1a 6 cmva dién tich hinh tron day bang g

dién tich xung quanh caia hinh nén. Tinh thé tich V' khdi non.
Cho hinh nén c6 thiét dién qua truc 13 mot tam giac déu va khoang cach tir tim cua

day dén duong sinh bang %- Tinh dign tich toan phan S, cia hinh nén.

MGt hinh non dinh § day hinh tron tim O va SO = h. Mét mat phang (P) qua dinh
S cat duong tron (O) theo day cung AB sao cho géc AOB = 90°, biét khoang céach
tir O dén (P) bang % Tinh dién tich xung quanh S ciia hinh nén da cho theo A.

Cho tam giac ABC noi tiép trong duong tron thm O, ban kinh R ¢

BAC =75° ACB =60°. Ké BH 1. AC. Quay AABC quanh AC thi ABHC
tao thanh hinh nén xoay (N). Tinh dién tich xung quanh S, cua hinh non tron xoay

(N) theo R.

Dang 5. Thé tich chép, ling tru.

1/ Cho hinh chdép S.ABC c6 day la tam giac vudng tai B, BAC = 30",SA = AC = ava

SAvubng goc vai

mp ABC .Tinh thé tich khdi chop S.ABC va khoang cach tir A dénmp SBC .

2/ Cho hinh chop S.ABCD c6 day ABCD la hinh cht nhat c6 AB = a, BC = 2a .

Haimp SAB va mp SAD

cting vudng gac véi mit phang day, canh SC hop vai day mot goc60° . Tinh thé tich khéi

chop S.ABCDtheoa .

3/. Hinh chop S.ABC c6 BC = 2a, day ABC'la tam giac vuéng tai C, SA B la tam giac vuéng

can tai S va nam

trong mat phang vudng goc véi mat day. Goi I 1a trung diém canh AB .

a/ Chiing minh rang, duong thangSI L mp ABC .

b/ Biétmp SAC hop véimp ABC mét goc60”. Tinh thé tich khdi chop S.ABC .

4/ Cho hinh lang tru ABC.A' B' C"'c¢6 day ABC 1a tam giac déu canh banga . Hinh chiéu vuéng

goc cua A'xudng

mp ABC 1atrung diém cia AB. Matbén AA'C'C tao véi day mot goc bang 45° . Tinh thé

tich cua khdi lang



tru nay.

5/ Cho hinh lang try ding ABC.A' B'C''c6 day ABC la tam giac vudng
tai B,BC = a,mp A'BC tao véiday

mot g6c30° va AA' BC c6 dién tich bing a®\/3 . Tinh thé tich khéi lang tru.

6/ Cho hinh lang tru deng ABC.A' B' C''c6 day ABC la tam giac vudng
tai A, AC = a, ACB = 60°. Duong ché\

BC'ciamitbén BC'C'C tao véi matphang mp AA'C'C motgdoc 30°. Tinh thé tich cua
khdi lang tru

7/ Hinh chop S.ABC c6 day ABC'la tam giac vudng
tai B, BA = 3a, BC = 4a, SBC 1 ABC .Biét

SB = 2a+/3,SBC = 30°. Tinh thé tich khéi chép S.A BC va khoang céch tir B dénmp SAC

8/ Cho hinh chop S.ABCD c6 day la hinh thang vuéng tai AvaD, AB = AD =2a, CD = a,
goc giita haimp SBC vamp ABCD bang60°. Goil la trung diém cta AD . Biét

rangmp SBI va mp SCI cung vudng goc voimp ABCD . Tinh thé tich khdi chop S.ABCD

9/ Cho hinh chép S.ABC c¢6 day 1aAABC déu canhavaSA 1 ABC ,SA=2a.GoiH, K lan

luot 13 hinh chiéu vudng goc ctia diém A lan lugt 1én canh SB, SC . Tinh thé tich khéi
A.BCKH theoa.

10/ Cho hinh chép S.ABCD c6 day ABCD1a hinh vuéng canha, SA 1. ABCD va mat
bén SCD hop vdi mat

phang day ABCD mot goc 60°. Tinh khoang cach tir diém A dén mp SCD .

11/ Cho tr dién ABCD ¢6 canh AD vudng goc voimp ABC
AC=AD=4 ¢m ,AB=3 e¢m , BC =5 cm . Tinh khoang cach tir A dénmp BCD .

12/ Cho hinh chép S.ABC ¢6 day ABC 1 tam giac vudng can tai A . Hai mit phang SAB
va SAC cung vudng goc v6i mit phang ddy ABC , cho BC = av2, mit bén SBC tao véi
day ABC mot goc60”. Tinh khoang cach tir diém A dén mit phang SBC .



13/ Cho hinh chop S.ABCD c6 day la hinh thoi ABCD ¢6 SO vudng goc voi day véi O 1a giao
diém ciia ACvaBD . Gia st SO = 22, AC = 4, AB — \J5 va M 13 trung diém cta SC . Tinh
khoang cach giira hai dudng thang SAva BM .

14/ Cho hinh 14p phuong ABCD.A' B'C"' D' ¢6 canh bang 1. Goi M, N 1an luot 13 trung diém
cia ABva CD . Tinh khoang cach giita hai duong thang A' C'va MN .

15/ Cho hinh chép tir gidc déu 5.4 BCD ma khoang cach tir diém A &nmp SBC bing2a. Goc
hop boi mit phing

bén va mit phang day cta hinh chop 14 . Vi gia trj ndo cia goc acthi thé tich ca hinh chop
dat gid tri nho nhét

Tim gia tri nho nhét d6 ?

16/ Cho hinh chop S.ABC c6 day la AABC vudng can dinhC' vaSA | ABC .Gia
su SC' = a. Hay tim goc

Giita mp SBC vamp ABC sao cho thé tich khéi chop S.ABC 1a 16n nhat.

17/ Cho hinh chép tir gidc déu S.ABCD . Mit phang P qua A va vudng goc

!
v6iSC cat SB,SC,SDlan lugt t B',C'', D'Biét AB = a,% = %
a/Tinh ti s thé tich ctia hai khéi chop S.AB'C'D'vaS.ABCD. b/Tinh thé tich khdi
chop S.AB'C'D".

18/Cho hinh chép OABC c6 OA,0B,0C d6i méot vudng goc va OA=a,0B=b,0c
=c.0A’,0B’,0C’ 1an luot 1a cac duong cao cua tam giac OBC,0CA,OAB.Tinh thé tich
OA’B’C’.

a’ b* c abc

))-

(@* +b*)(a* +c?) " (b® +a*)(b® +c?) " (c® +a%)(c* +b?%) 6

4

Pap s6: V =(1—(

19/Cho hinh chép S.ABCD c¢6 day ABCD la hinh chir nhat va SA vudng goc day.G la trong tam
tam giac SBD .Mp (ABG) cét SC tai M,mp (ABG)cit SD tai N.Tinh thé tich khbi chép S.ABMN
biét SA=AB=a,g6c giita duong thaing AM va mp (ABCD) la 30°.

20/ Cho hinh chop OABC c6 OA,0B,0C d6i mot vudng géc va OA=a,0B=b,0c
=c.0A’,0B’,0C’ lan luot 1a cac duong phan giac trong caa tam giac OBC,0CA,OAB.Tinh thé
tich OA’B’C’



21/Cho tir dién OABC.Trén mit day ABC 1y mot diém M bat ki.QuaM lan luot ké cac duong
thang song song

MP  MQ MR

OA,0B,0C lan lugt cit cdc mp OBC,0CA,0AB tai P,Q,R.Tinh S = +
OA OB OC

22/ Cho ti dién S.ABC ¢ SA = x, BC =y, cac canh con lai ¢éu bang 1.Tinh thé tich hinh chop
theo x vay.

Ps: vV =%m

23/ Cho tr dié:n ABCD. Tim diém M trong khéng gian sao cho P = MA? + MB? + MC? + MD? dat
gia tri nho nhat

24/ Cho hinh chép déu S.ABC c6 SA=a. Goi D, E lan luot 14 trung diém cua SA, SC.

1) Tinh thé tich khbi chop S.ABC theo a, biét BD vubng goc vai AE.

2) Goi G la trong tm tam giac SBC, mit phang (P) di qua AG cit cac canh SB, SC lan luot tai

M, N. Goi V3, V lan luot 14 thé tich khdi chop S.AMN va S.ABC. Tim gia tri 16n nhat cua \% .

1
25/ Cho hinh chdp S.ABC c¢6 day la tam giac vudng can tai B, AB = a. Goi | 1a trung diém cua
AC. Biét hinh chiéu vudng goc cua S Ién mat phang (ABC) 1a diém H thoa mén
Bl =3IH va géc giia hai mat phing (SAB) va (SBC) 1a 60°.
a. Tinh thé tich cua khéi chop S.ABC.
b. Tinh khoang céch giira hai duong thiang AB va Sl.

26/Cho khdi chép S.ABC c6 SA = 2a, SB = 3a, SC = 4a, ASB = SAC =90°, BSC =120°. Goi
M, N lan luot trén cac doan SB va SC sao cho SM = SN = 2a. Chuang minh tam giac AMN vuéng.
Tinh khoang cach tir diém C dén mit phang (SAB) theo a.

27/ Cho tir dién déu ABCD canh a, hai diém M, N chay twong tng trén cac doan AB va CD sao
cho BM = DN. Tim gi4 trj 16n nhat, nho nhat caa MN.
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