VIV 7|5 tsd

Viduy 1:

CHUYEN DE:
CAC BAI TOAN VE GIA TRI LON NHAT, GIA TRI NHO NHAT
LIEN QUAN PEN MU-LOGARIT
Téc gia: Hoang Xuan Binh
Nhém gido vién Todn tiép sicc Chinh phuc ki thi THPT néim 2020

Trong cdc dé thi thir va dé thi minh hoa ciia BGD&PT, cdc em hoc sinh gdp nhiéu bai todn gid tri
I6m nhdt va gi tri nhé nhdt cia cdac biéu thirc ma lién quan dén khdi niém ham sé mii va logarit.
Bai viét nay sé giip cdc em hiéu ré cach lam vé dang bai tdp nay va c6 hwéng gidi quyét khi gap
trong cdc dé thi.

1. Dang 1 : Dt én phu dé bién déi loga

- Hwéng 1 : Vi cic bdi todn ma biéu thitc c6 dang £ (log, a,log, b)thi ta c6 thé dit an phu

t =log b < b=a' d biéndoi biéu thirc da cho vé biéu thirc ham mot bién theo t .
- Huéng 2 : Voi bai todan dang :a" = b" = (ab)p thi ¢6 thé dat t = log b

1 . , , 3. .8 7
=u=2p (1 + t) L UV=17 [1 + n tir do bien doi biéu thurc da cho vé biéu thirc ham mot bién theo t .

- Huwong 3 :
Véi bai todn c6 dang: a' =b' = ¢’ = (abe|' thi taddt a" =b" = ¢’ = (abc] =t = u = log, t

1 1 1 1
,v=log, t, p=log t,q=1log, t varutradugc: ;+3+Z:logtabc:g

Cadc vi du minh hga:

Cho a, b 1a cac sb thuc duong théa min b >1 va \/; <b < a. Tim gia tri nho nhat ciia biéu

thac P =log_a + 210gﬁ [%

b

A. 6. B. 7. C.5. D. 4.
Pé khao sat chat lwong — L2 — Chuyén Vinh Phiic — 2018-2019
Loi giai

Chon C
1 4(1-t)

Ditt =log b=b=0a".Khido: P =log  a+4d.log a ' = n +

1
Vib>1 Vé\/;§b<a nén§§t<1.

Khi dé: P — — +4(1_t>=1+ t +4(1_t) .
1—¢ t 1—1¢ t 1-—t¢ t

Viy P, =5 khitz%
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Vi du 2: Xét cac sb thue a,b,2,y thoamin a > 1,b >1 va ¢" » =b"™ = 3ab . Gia tri nhé nhat cua biéu
thirc P = 3z + 4y — 1 bang

NEC B2, c.? p. Y6
3 3 ) 4 5
Dé khao sat chat lwong-L2-So gido duc Phu Tho-2019-2020
Loi giai

1
a;—2y=loga\/3a =—(1+log, b
Gia thié: a” = 0" =ab = 3( )

x+2y= logb%:%(l—klogba)

bit log b:tthi:vzl—i-l t+1 Ve‘lyzi l—t
‘ 3 6 t 12(¢
Suyra:P:1+l t+1 +11—t —1:l t—|—§ 21.2 tézﬁ.
2 t] 3\t 6 t) 6 t 3

]
2

Vay gia tri nho nhat cua biéu thuc P 1a

Vidu3: Cho z,4,2>0;abc>1 va a" =b" =c* =abc. Gid tri 16n nhit cua biéu thuc

pP= 1 + 1 2* + z thudc khoang nao dudi day?
r Yy
A. (0;2). B. (3;+00). C. (1;3). D. (2:4).
Dé thi thir TN THPT Chuyén Lé Khiét-Quang Ngai-2019-2020
Loi giai
Pit o' =b' =¢" =Xlabc =t ( Pkit>1). Suy ra == log t,y =log,t,z=1og t wva
1
log  t=—
gabc 3
:>l—l—l%—l:logta—{—logtb%—logtc: log, abc = 3 nén l+l:3—1.
r Yy 2z Ty z

Khi do: P:3—l—22+z.
z

. 1 .
Xétham so f(z) =3 ———2"+2,v6i 2> 0.
z

z| 0 1 +o0
_ 9,3 2
Ta co: f/(2) = M p + 0 -
z
2
= f2)=0&z2=1.
Bang bién thién 7
Tu bang BBT, ta c6 <max) flz)=f1)=2. —00 —co
0;+00
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Vi du 4:

2. Dang 2 : Sir dung bit déing thivc cé dién
a-+b

- Bit ding thirc Cauchy: a > 0,b >0 : > \/E trong dé tich ab khong doi.

-Bit ding thive ding thirc Cauchy Schwarz: (aZ 4 5P 4k cz) ($2 + 9 + z2) > (aa: + by + cz)2

trong dé ax + by + cz cé gid tri khong dbi.
- Trong dang nay, tiv gid thiét ciia bai todn ta thuwong thdy xudt hi¢n dang biéu thivc dang ham
dic trung :

U
+10ga[_]zv—u<:>u+10gau:v—|—logav<:>u:1;
v

(hodc logau+u§v+logav®u§v<u2v>)

+a"+tu=a"+vE u="v
Cac vi du minh hoa:

‘ y+1
Cho 2 s0 thyc duwong z,y thoa mén log, [(m + 1)(3/ + 1)} =9-— (x — 1) (y + 1) .
Gi4 tri nho nhat cua biéu thic P = z + 4y 1a

AP =2. B.P_=1. C.P_ =19. D.P_=T1.
Loi giai

Theo gia thiét: log, [(az + 1) (y + 1)]y+1 =9- (a: — 1) (y + 1)
& (y + 1)[log3 (:E + 1) + log, (y + 1)} + (x — 1)(y + 1) =9.

(i)(y+1)[log3(m+1>+log3<y+1)—|—m—1}:9

4:)logg(x+1)+x—1:Ll—log3<y+1)

Y+

Xét ham s dic trung f(t) =log,t+1t voit>0

1
tln3

Khi do: f(t) = +1>0 véimoi ¢t >0
Suy ra: ham s f(t) luén ddng bién va lién tyc trén (O;—I—oo).
Tt (*) suy ra (1)@f(x+1>:f[%]<:)x+lzi Sr=——1=—2

Vi z > 0 nén yE(O;S).

43 Nguyén Chi Thanh, Qudn Ba Dinh, Ha Noi
DT, + 84 24 62831777 Fox: + 84 24 62831777

Email: viv7@viv.vn  Website: www.viv7.gov.vn



VIV 7|5 tsd

Cdch 1: Str dung bat ding thivec Cauchy

Khi do:
_ 8 a1 9 _ 9 e
P—x+4y—y+1+4y—4y 1+y+1—4(y+1)+y+1 5>2 4(y+1).y+1 5="1.
Vémein:7khi4(y+1>:%@y:%.
Cdch 2: Str dung khdo st ham so
y_1

, 9 _ =
Xét ham sb =4y —1+ 6iy e (0;8).Co ¢ (y)=4— =0& 2

o) =t oclos cosl)ma g0l 2,

Bang bién thién cua ham so:

<

(=}
O NI+

®

o \ /

1
>

Vay P . =T khi y =

Nhén xét:

+ Vi cdc bai todn ma ham sé dwoc thiét ldp nhw trén, ta cé thé sik dung bat ddng thirc Cauchy dé
xdc dinh min ciia biéu thirc P bang cdach bién doi d@é xudt hién tich khong doi cia hai biéu thirc

chira bién déu dwong la: 4(y + 1) va ) .
y+1

+ Déi véi cdc em hoc sinh ma viéc dp dung bat dang thire Cauchy chwa thanh thao thi cdc em c6
thé sir dung phirong phdp quen thudc la khao sat ham sé thi ciing nhanh chéng thiét lap dwoc déap
s6 ciia bai todn.

+ Ngodi ra, cdc em c6 thé sir dung chirc nang bang gid tri: TABLE. Nhdp ham

g(x) =4z -1+ start t =0 end x =1 step v = 0,1. Khi dé tir bang gid tri ciia ham sé

Tz +1

thu duoc ta ciing c6 dwoc P =17.
min
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Vidu5: Cho céc sb thuc a,b thoa man e ™" + ¢ (a2 —ab+0b° — 1) — " = 0. Goi m, M 1an luot

1a gi4 tri nho nhét, gia tri 16n nhit cua biéu thic P = : +12 ;- Khi d6 m + M bang
a
A B. 2. c.l. p. 2
5 5 3 3
Loi gidi

Ta co: e” 2 + ¢ (a2 —ab+b* — 1) — et =

e L g _gh b —1— € =0

e Lt —ab 2 = e 4140 (1).

Xét ham s6 dac trung: f(t)=¢' +1 voi t € R.CO f'(t)=¢' +1>0,Vt € R.
Do d6 ham 6 f () dong bién tren R Pt: (1) < f(a® +2b* — ab) = f(1+0).
s+ —ab=1+0"<=ad —ab+b =1

Khidé:lz(a—b>2+a62ab Vélz(a—l—b)Q—3abZ—3ab:>12ab2—§

HT[_;]

Vay m+M:?.

_3>p__ Lt S 1 _

1
Suy ra: = > S
14+2ab 1421 3

nén M =3,m=—.
3

.’132 + y2 n 210g2(z2+2y2+1)

Vidu 6: Cho cac s6 thyc duong z,y théoa méan log, <log, 8" . Tim gia tri nho

3zy + 1°

2 _ 2
nhét cta biéu thirc: P = w

22y —y
A.l B.§ C.é D.1_|_\/g

2 9 5 5
Dé kiém tra chuyén dé lan 4, truong THPT Lién Son-VP-2019-2020
Loi giai

Theo bai ra, ta ¢o: log, (m2 + y2> —log, (Bmy + a:z) + 2’ +2y° +1< 3y
< log, (m2 + yz) + 2(:5'2 + yz) —log, (3xy + xz) — g L log, 2 < 3zy

3zy + 1’

< log, (332 + yz) +2(a:2 + yz) — log, — 2 < 3y

3zy + 1’

< log, <x2 + yz) + 2(x2 + y2) <log, + 2> + 3zy (1)
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. 1
Xét ham so dac trung: f(t):10g2t+2t,c() f’(t): +2>0,Vt>0.
t.In2
9 2 2
2 2 Y 2y 2|y

Pitt=2 = -3t+2<0a1<t<2.

)
2 2 2
Tacé:P:2x :Ey+2y:2t t+2:t+ 2 :1(275_1)_'_ 2 +1
2y —y° 2t —1 2t—1 2 2t—1 2
22\/1(2t—1).i+l:§.8uyra:P. _2 khitz§
2 2t—1 2 2 mee2 2
) bc(a—3)
Vidu 7: Cho cac so thuc a > 3,b > 1,¢ > 1 thdéa man: loga(b+20)m—2w+logbg(a_3) (ab+2ac):1.

Gia tri nho nhét cia T = a + b + ¢ thudc khoang nao duéi day?
A. (16;17). B. (17;18). C. (18;19). D. (19;20).
Thi th lién truong Thanh Hoa 2019-2020
Loi giai

be(a — 3)
"2 gb + 2ca
< log, ;) (bc(a - 3)) -1+ logbc(aig)(ab +2ac) = 1(1)

Theo bai ra, ta c:log, + logbc(H)(ab +2ac) =1

it t = log, , . (be(a — 3)) thi (1) tré thanh: ¢ +% =2(2)

b+2c) (

Nhan xét: t <0 = VT (2) < o(l)

+t>0thiVT(Q)EZ\/E:ZDodé(Q)(:)t:l.
t

Do do6: a(b+20):bc(a—3)(:>b+20:a_3<:)1_|_g+§:1'
be a c b a

Ap dung bdt déang thirc Cauchy Schwarz, ta co:

T.1=(a+b+c) > \/E.\/%+\/E.\/%+\/Z.\/%]Z=(x/§+\/5+1)z.

3 2 1
a b ¢
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L:i:c a:3+\/g+\/8
Déu “=” xay rakhi |V3 2 elb=2+2+16.

a+b+c=(x/§+x/5+1) c=1++2++3
Viy minT = (1+\/§+x/§)2 ~17,19.

5 2
- Nhn xét: Ta co thé giai (2) & £ +1=2 ¢ (t—1] =0 t=1

> 3 abc.3g»/% = 9%/6 tuy nhién khi 4p dung bt
aoc

* L§i thwong gip: (a +b+ c)[% + % —l—%
dédng thirc Cauchy & ddy thi diu bang khong thé xay ra duoc.
3. Dang 3 : Cuc tri hinh hoc
- Huong 1: d:ax+by+c=0 va (C) : (m —m0)2 + (y—y0)2 =R’ . Khi dé d;(C’)co’ diém
chung & d(I;d) < R.
+ Mo rgng trong khong gian :
(P) car +by+cz+d=0 va (S) : (x—x0)2 + (y —yo)2 +<z — 20)2 = R’ . Khi do (P);(S)co’
diém chung ( (S) cé tam I ban kinhR) < d([; (P)) <R.
-Huong 2: d:ax+by+c=0 va (C’):(m—:ﬂ())Z —l—(y—yo)z = R’ sao cho d([;d)> R voil
la tam duomg tron (C) khi dé véi M € (C),N € d thi MN > d(I;d)— R . Déu bing xay ra
khi M = E N = A.

M

'

'
I
‘i

Y N

- Huong 3 : A(a;b) va (C’) : (:1:—:130>2 +(y—y0)2 = R’ sao choIA > R véil la tim dwong
tron (C) khi dé véi M € (C) thi IA— R < AM < IA+ R. Déu bing xiy khi M =D hogc
M=F.
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Vi du 8:

Cadc vi du minh hga:

. 0 2. 2 2

Vi cac so thyc duong z,y thay doi sao cho log, [%] = x(ac — 2) + y(y - 4) — 5. Xac
" +y
dinh gi4 tri 16n nhit cia bidu thie P = 2+ 29 T L
r+y+4
NELERVIE p 154349 . 15+39 b, 15+ 614
o3 o3 7 o3t T3
Loi giai
Theo bai ra, ta co: log, [%] = :B(x — 2) +vy (y — 4) -5
Tty

& log, (2 42y +2) +1+ 20 + 4y + 4 =log, (2" + y*) + 2” + ¢’
& log, 2(z + 2y +2)[ +2(s + 2y + 2) = log, (#* + v*) + #* + 4 (1)

1
t.In2

Xét ham s6 ddc trung: f(t) =log, t +t véi t >0.Co f'(t) = +1>0,V¢> 0.

Do d6 ham sb f(t)lz‘l ham s6 dong bién. Nén (1)@f(2x+4y+4>:f(m2+y2)
(:)2x+4y+4:x2+y2®<x—1)2+<y—2)2:9(2).

r+2y+1
r+y+4

Taco: P = @(P—l)x+<P—2)y+4P—1:0(3)

Coi (2) 1a phuong trinh cia dudmg tron (C') véi tim I(1;2), R = 3 va (3) 1a phuong trinh duong
thang d

Dé ton tai z,y théa man bai toan < d,(C) c6 diém chung < d (I;d) <R

‘(P—1>+(P—2)2+4P—1‘

\/(P ~1) +(P—2)

15— 6314
31

o §3®(7P—6)2§9(2P2—6P+5)

15 + 614

& 31P? -30P-9<0< =

<P<
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Vidu9: Vi cac s6 thuc duong Y, 2 thay do6i sao cho
log, [%] = z(v—4)+y(y—8)+2(2—8)—2, goi gia tri 16n nhit va gié tri nho
T +y +z

4y 4+ —4dr—Ty—11248

nhét cta biéu thae T = tha tw1a M va m.Khiddo M +m

6z + 5y — 86
bang:
A -3 B.1. c.-2. D. L.
2 ‘ 2 2
Dé thi thu TN truong THPT Hai Hau A- Nam Dinh — 2019-2020
Loi giai
+) Taco log T+ :x(a:—4>+y<y—8>+z(z—8)—2
2 $2 + yZ + Z?

@log24(m+2y—l—22>—log2(x2+y2+z2):x2—|—y2+22—4(x+2y+2z)

& log24(a:+2y+22>+4($+2y +2z) = log, ($2 + 97 +z2)+x2 +47+ 22 (1).

+) Xét ham dgc trung f(t) = log, t +t, V¢ > 0 o f’(t):“%+t>0,‘v’t>0-
n

+) Ta co (1)@f(4(a;+2y+2z)):f<x2+y2+z2)¢>m2+y2+z2=4m+8y+82

2

& (r—2) +(y—4) +(-—4) =36,

(4x+8y+8z>—4x—7y—11z+8 y—32+8
6z + 5y — 86 6z 4 5y — 86

Khi do, ta dugc T =

Tacé: T (62 + 5y — 86) = y — 32 + 8 < 6Tz + (5T — 1)y + 3z = 8 + 86T
& 6Tz + (57 — 1)y + 32 — 8 — 86T = 0(1).

Khi d6 ta coi(l) 1a phwong trinh mit phing (P) 16Tz + <5T — 1>y +32—8—-867T =0.

Do d6, ton tai z,y,z dé phuong trinh mit phang (P) tiép xuc hodc cit mit cau (S) voi tam

‘6T.2+(5T ~1)4+34-8- 86T‘ iy

\/(6T)2 + (57 1) +3°

[(2%44),R =6« d(I;(P)) <R&

@720T2+360T—360§0<:>—1§T§%.
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Vi du 10: Cho cac s6 thuc a,b,¢,d théoa man logam)2+2 (4@ + 6b — 7) =1 va 27°81" = 6¢ + 8d + 1. Tim gia

tri nho nht cta biéu thic P = (a — ¢)’ + (b — d)*.

- B. 22 c 2 p. L.
5 25 25 5
Dé thi KSCL Chuyén Phan Boi Chdau-Nghé An-L2-2019-2020
Loi giai

2 2
Taco: log, , (4a+6b—7)=1a +b"+2=4a+6b—7 ¢ (a—2) +(b—3) =4 (C).
Khi d6: 27°81' = 6¢+8d +1 < 3*™ =6c +8d +1 < 3" —2(3c +4d)—1=0.
Dit ¢ = 3¢ + 4d, ta c6 phuong trinh: 3' =2t —1=10.
Xétham s6 f(t) = 3' —2t —1 ¢6 f'(t) = 3' In3 — 2. Khi d6: f’(t)zO@t:logB%:to
n

Bang bién thién:

t —o0 to —+oo

f! - 0 +

“+oo “+oo

t \ /
f(to)

Quan st bbt, ta c6 f(t) =0 c6 nhiéu nhit hai nghi¢m ma f(0) = f(1) =0

t=20
=
t=1

3c+4d =0

Dodé:(l)(:} 3o+ dd—1"

Khi dé: ta coi cip (a;b) 1a tap hop céc diém A(a;b) € (0) 6 tAm 1(2; 3),R = 2; va céc cip
(c;d) 1a tap hop céc diém B(c; d) € d, : 3z + 4y = 0 hoic
d,:3z+4y—1=0. !

+Néu B € d, thi ABzd(I;dl)—R=§—2=§.
5 5 :
+Néu B €d, thi AB Zd(I;dZ)—R:H— .
5 5 B3x+4y=0 N T
O] 3r+4y—1=0
So sénh hai truong hop thi AB._ :% dodé P = ?. \
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Vi du 11: Cho x,Y la hai s6 thuc khong am thoa man dang thirc
e 4y 47
og——————

6z + 8y + 2

A 45, B. 5 +2V5. C. 10. D. 10— 25.
bé KSNL Chuyén Nguyén Thi Minh Khai-Soc Trang-2019-2020
Loi giai

+ 2% 4+ 4> — 6z — 8y + 5 < 0. Gié tri 16n nhét cta biéu thirc T = /2° +y° la

2 2
Ta cé 1OgLy+7

6z + 8y + 2
& log(z* + 9" +7)+2° + ¢ +7 < log(62 + 8y +2) + 6z + 8y +2 (1).

+2°+y 62 -8y +5<0

Xét ham sé dic trung: y = f(t) =t+logt véit>0

Khi do: f'(t) =1+ L GO0V 0=y = f(t) déng bién trén khoang (0;+00).

t.In
()& (2 +9* +7) < f6z+ 8y +2) & 2* + ¢ + T <6z + 8y +2

& (z-3) +(y-4) <20 @.

Ta coi cac cap (x,y) thoa man (2) 1a cac diém A(x;y) thudc hinh tron (C) : I<3;4>,R = 2\/5

( ké ca phan ndm bén trong dudng tron d6) ma z > 0,y > 0 nén tap hop cac diém A (x; y) 1a phan
t0 mau nhu hinh v€ dudi.

Gt: T =12’ +y* = T = 0A véi 0(0;0).

Y

Nhan xét:0I =5 > R = 25
Dodo: T=0A<Ol+R=5+25.T =5+2V5 khi A= E.
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Cau 1:

Cau 2:

Cau 3:

Cau 6:

BAI TAP TU LUYEN

Cho céc sb thuc z,y théa man 0 < z,y <1 va log3 [f tY

_ny+(:¢+1)(@/+1)—2:0. Tim gia

tri nhé nhét ctia P véi P = %(m’ +1) + y — 2020.

A. —2021. B. —2020. c. =005 p, —0%2
3 3
Cho cac ) thuc z,Y thoa man dé)ng thoi x>0,y >1va

2y—z+4+3

(ng +x—2y— 1) logy = log Tim gia tri nho nhdt cua biéu thirc:

- y2(4x+3>+£

4y
A. 4. B. 5. C.3 D. 6.
Cho céc s6 thyc z,y thoa man dong thoi z,y > 1 va 10(512_4?;) y — 4‘7/;— 2 Tim gia tri nho nht
2 3
ctia biéu thirc: P = A0ty +5.
8y
A.%. B. 11. C.% D. 8.

Cho a, b 1a cac s6 thyc duong théoa man b >1 va \/; <b < a. Tim gia tri nho nhat cia biéu

thic P = log, a + 2log ; [%

b

A. 6. B. 7. C.5. D. 4.

Cho céc sb thuc a,b théoa man a > b > 1. Biét rﬁng biéu thirc P = loglab - + \/Q dat gia tri
16n nhét khi b = ¢". Khing dinh nao sau day l1a dung?

A. ke 0;%]. B.ke[%;l]. C. ke 1;%]. D. ke 2;2].

Cho céc s6 thuc a,b, 7,y thoa man a > 1,b > 1 va a* = b’ = 4/ab . Gi4 tri nh6 nhét ciia bidu thirc
P = x + 4y + 6 thudc tip nao dudi day?

A. (9:10). B. (6;7). C. (7:8). D. (8;9).
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VIV 7|5 tsd

Cau 7:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cho cac sb thuc a,b,c > 1 va cac sb thuc duong z,y,z théa min o* = b’ = ¢’ = Vabe . Gid tri

16n nhit cua biéu thae P =

— 42" +1 thudc tap nao dudi day?
T+y

A. (34;36). B. (36;38). C. (38;40). D. (40;42).

a b G

Cho a,b,c 1a cac sd thuc dwong khac 1 thoa man: 3«1 = 51 = 151" Gi4 gia tri nh6 nhét ciia

biéu thirc: P = (a +b+ c>2 -8 [l + 1 + 1] — 25 thudc khoang nao sau day?
a b ¢
A. (0520). B. (—20;0). C. (—30;—20). D. (—50;—30).

x+ 4y
Tty

Cho z, y la cac sb thuc duong thoa mén log, [ ] = 2z — 4y + 1. Gi4 tri nho nhat cua biéu

o' —32% +42° 1w

thirc P = 3 + —= bang bao nhiéu?
4y
(x + 2y)
A.E‘ B. 3. C.6. D.E.
4 2
, o S(t—ab) , .
Cho hai s6 thuc duong a va b thoa man 4”.2°" = o Gia tri 16n nhat cia bicu thuc
a
P = ab + 2ab’ bang
A. 3. B. 1. C.\/g_l. D. 2.
2 17
Cho a, b 14 hai sé thuc duong théa mén log, [LT] =a+ 3b—4. Tim gia tri nho nhit
a
ctiabiéuthic P =a> +0* +3a—b—5
A. —15. B. —5. C.5. D. 35.

Cho cac s6 duong a,b théoa man 3 + logJLZ+3 =ab—a—2b. Tim gi4 tri nho nhat cia
a

biéu thitc: P = a® + 4b° — 26ab + 2020.
A. 1120. B. 1885. C. 2021. D. 1705.
Cho hai s6 thuc duong z,y théoa man log,z + (x + y) = log, (6 — y) + 62 . Gia tri nho nhat cia

biéu thic P:3x+2y+§+§.
T

y
A. 8+ 6v2.
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Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

VIV 7|5 tsd

Cho sb thyc x, y thoa min log - — $2+ il =z(z —3)+ y(y —3) + xy. Tim gia trj 16n
¥+ oy +2
nhét cda bidu thie P = ST 2 +3
T+y+6

A, 89— V249 5, S e o Y A0 b R

o4 o4 T e T T g

r 2 2
Véi cic s0 thuc duong z,y thay doi théa méan: log, [w] = :c(:c - 12) + y(y = 4) —10
T +y +1 .
Gi4 tri nho nhat cua biéu thirc: P = 3r+2y+6 thudc khoang nao sau day?
2r+y+1

A. (0,5;0,7). B. (0,7,0,9). C. (0,91,1). D. (0,3;0,5).

Cho z,y 1a cac sb thuc dwong thoa man: log, (a; + 2y) + x(m + 3y — 1) + y(2y — 1) = 0. Khi
biéu thic P =log,, x + 2.log,, v dat gid tri 1on nhét, hay tinh gié trj 42” + 5y°.

A.z. B. 3. C.1. D.§.
3 9
Cho z,Y la cac sd thuc duong va y>1 thoa man:

T +5
xy +3

[:c(yz’ _ 1) + 3y — 5].111 (x + 1) = ln[ ]— Iny. Tim gia tri nho nhdt cua biéu thirc:

P:x(y—1)+%y+2.

A1 B. 27 c. 2 p. 38
25 25 25 25
Cho Y la hai s6 thuc khong am thoa man dang thirc
2 2
log, ~ T Y +15 (42 —o*)+(6y—4*)~8. Gid i nho nhit cia bidu thic
204+ 3y + 3
P=2+y +22+4y—5 1a
A. 26— 834 B. 28 — 4+/34 . C. 26 — 4+/34. D. 28 — 834 .
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Cau 1:

Huéng dan gidi bai tdp tw luyén

Cho céc sb thuc z,y thoamin 0 < z,y <1 va 10g3[x+y +<x+1)(y+1)—2 = 0. Tim gia
tri nho nhit cia P véi P = g(x +1)+y — 2020.
A. —2021. B. —2020. c. 2905 p., Z0%2
3 3
Loi giai
Piéu kién: 0 < T,y <1
Khi d6
T+y .
10g3[1_xy +(z+1)(y+1)-2=0

(:)logg(a:+y>—log3(1—xy)+x+y+xy—1:0

< log, (a:+y>+<x+y> = log, (1—my)+(1—xy> (1)

Xét ham s dic trung f(t) = log, t +¢ véi t >0

Khi do: f'(t) = tll 3 41> 0,Vt > 0 nén ham sd f(t) dong bién trén khoang (0;—|—oo>. Suy ra
n
1—2
/e flzety)|l=fll—ay)|Szt+y=1—-zy & y=
()& flz+y)=rf(1-ay) y yey=1,
SuyraP:§(:B+1)+y—2020:§(a;+1)+l_x—2020:§(x+1>+ 2 12020
9 9 1+x 9 1+

22\/§<x+1). 2 op1=22 ooy = 26055
9 1+2 3 3

, . 1 1 A A4 s
Pang thirc xay ra khi x = 3’ Y= F (thoa cac dicu kién cua dé bai).

vay ., — 8055

Min — 3
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Cho cac s0 thuc z,Y thoa man dong thoi z>0,y>1va

(szyZ—Hv—?y—l)logy:logM Tim gia tri nho nhit cua biéu thic:
x .
2
y 4z + 3
P:M_FE.
4y y
A. 4. B. 5. C.3 D. 6.
Loi giai
z>0y>1 z>0y>1

Diéu kién: 2y_$+3>0<:> %z +3>0°
x

Tacd:

(ng +x—2y— 1) logy = logM

& (mgf +x—2y—3)logy +2logy = log(2y—m+3)—logm

(a:y +x—2y — 3)logy—log< —x+3) log(myz’) (1)

+Néu zy® > 2y —z + 3 thi VT(l) (dolo >0)
Y Y VP(l) gY .
r1) <

+Néumy2<2y—m+3thi| () (dology>0)

Do do, tir (1) suy ra: zy’ :2y—x+3(:>a:(y2 +1):2y+3.

2
. 3 3 v+l 3 3 3 3 3 3
Taco:P:xy+—y+£:—y—|—g:—y+2+—:—y+—+222 —y—+2=5
4 y 4 Yy 4 y 4 Yy 47y

Vay P =5 khiy=2:>:c=g.
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Cau 3:

(51‘—4y)logz 4y + 2

Cho céc s6 thyc z,y théa man dong thoi z,y > 1 va 10 = = Tim gi4 tri nho nhit
2 402" ’
cta bicu thire: P = 40ty +5.
8y
A.ﬂ. B. 11. C.B D. 8.
2 2
Loi giai
Gt : 10(512_41/)1%1 - 4y5+ : = (5:32 - 41/) logz = 10g[4y5+ 2]

& (52° — 4y —2)log + 2log z — log (4y +2) + log5 = 0

& [5952 — (4y + 2)] log z + [log (5$2) — log(4y + 2)] = 0(1)
Viz>1=logz >0.
+Néu 527 —(4y +2) >0 & 52" >4y +2=> VT(I) > 0 (loai).
+Néu 527 —(4y +2> <0 &5’ <4y+2= VT(I) < 0 (loai).
+Néu 52° — (4y +2) =0 VT (1) = 0(t / m)
Vay (1)« 52" =4y +2.
102 +y* . S(w+2)+y’ 2 1 1 ¢

Khide: P="2 ¥ 15\ 77 45 248 49—y y¥ 49
8y 8y y 8 y oy 8

2
> 313/1-1.% +9= % Dau bang xay ra khi z = 2,y = V2.
vy

Cho a, b 1a cac sb thuc duong théa min b >1 va \/; <b < a. Tim gia tri nho nhat ciia biéu

thac P =log a +210gﬁ[a].
b

b
A. 6. B. 7. C.5. D. 4.
Pé khao sat chat lwong — L2 — Chuyén Vinh Phiic — 2018-2019
Loi giai
o 1 4(1-1)
Datt =log b= b=a'.Khidé: P=log  a+4log, a'= - + -

Vib>1 Vé\/;§b<anén%§t<l.

Khi dé: P — — +4(1_t)=1+ t +4(1_t) .
11—t i 1—¢ / 11—t ¢

Viy P =5 khit:%
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VIV 7|5 tsd

Cho cac sb thuc a,b théa médn a > b > 1. Biét réng biéu thac P =

1 a .
+1/log — dat gia tri
log , a “b
§;2].
2

16n nhét khi b = ¢". Khing dinh nao sau day 1a dung?

A. ke

0;1. B.kel;l. C. ke
2 2

1;§]. D. ke
2

Loi giai
Chen B

batt =log b=b=a' (dk: 0<t<1).

1 a
Khi do: P = +1/10 —=log ab+41—log b=1+t+1—t
a g“b g, g,

log

Xeétham sb: f(t)=1+t+V1—tvéi 0<t <1,

t | o 2 1
1 3
Co f'(t)=1— —0et=2 , N o -
Y 21—t 4 4 -
Béng bién thién: f / 2 \
3 3 2 2

Vay P ) hit =3 o b —at dodé k=2
| 4 4

Cho céc s6 thuc a,b,z,y théamin a > 1,b >1 va a” =" = % . Gia tri nh6 nhét cia biéu thirc
P = x + 4y + 6 thudc tip nao dudi day?
A. (9:10). B. (6;7). C. (7:8). D. (89).

Loi giai

1
, e 1 4 b r = — 1 + loga b

Gia thiét: " = b* = Yab = [w 8. é/a_ N il< )
y = log, \Vab y = Z(1 + log, a)

) _ o1 11
Dattzlogab(dk.t>0)th1x_Z(Ht)vay_Z[HZ].

Ta co: P:l(1+t)+1+1+6:§+lt+12@4_2 ltl:ﬁ_
4 t 4 4 t 4 4 t 4

Dau bang xay rakhi t =2 = ¢ =

C
1

y=3
Y 8'
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Cau7: Cho cac sb thuc a,b,c > 1 va cac s6 thuc duong ,y,2 théa min a° = b’ = ¢’ = Vabe . Gid trj

16n nhét cta biéu thac P = ?f — 42" +1 thudc tap nao dudi day?
z+y
A. (34;36). B. (36;38). C. (38;40). D. (40;42).

Loi giai
Chon B

bit: a" =b' = ¢ =Rabec =t (dk: t > 1).

1
Tacé: x =log, t,y = log, t,z = log tlog, t= S

Suy ra: l+l+l:logta—Hog;‘tb—Hogtc:logtabc:6

xr oy oz
A e o . 2 11 A8 g ]
Nhén xét: voi z,y > 0, ta co: (x—l—y) >doy & —+—2> . Dau bang xay ra khi: z =y
T Yy Tty
1 1 1
Do do: P = 32 —4z2+1§8.—+—]—4z2+1=8[6——]—4z2+1
T4y T Yy z

Z z

Ma 2° +1+l > 3.;»/2.1.l =3 nén P <49—4.3=23T7.
z z VAR A

L ) 2
Dau bang xay rakhi z =1, x:y:g.

:49—4[z2+l+1]

a b G

Cau8: Cho a,b,c la cac sb thyc duong khac 1 thoa man: 3¢~ = 501 = 15" Gia gia tri nho nhat cta

biéu thirc: P = (a +b+ c>2 -8 [% + % + %] — 25 thudc khoang nao sau day?
A. (0;20). B. (—20;0). C. (—30;—20). D. (—50;—30).
Loi gidi

_a b ¢
Pat 391 = 501 =15 =¢. Khidé: t > 0.
+Néut:1:>a:b:c:0(l).

+Néu t =1, ta co:
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Khi d6: ——— = log, 1,

—:logst,z_—clzlogmt.

a —1 b —1 ¢ —
2_ 2_ 2_
Suyra:a 1+bb1+c 1:logt?ﬂ—logt5—logt15:0
a c
1 1 1
Sa+bte=—+=+-.
a b ¢
. s, 2 1 1 1 2
KhldOZPI(a+b+C> —8|l=+=-+-= —25:<a+b+c) —8<a—|—b+c)—25
a b ¢

=(a+b+c—4) —41>—41.

L . 1 1 1 :
Suyra:P2—41.Déubéngxéyrakh1:a+b+c:—+—+—=4.Tac()théchona:%thi
a c

b+c—§ / /

2:>b:5+ 137025— 13

3 4 4
be =—

4

Vay P dat gi4 tri nho nhit la —41.
x+ 4y
T+y

Cau9: Cho z, y 1a cac sb thuc duong thoa man log, [ ] = 2z — 4y + 1. Gia tri nho nhét cua biéu

ot =327y +42° 1z

thiic P = + —= bang bao nhiéu?

(x + 23/)3 4y
A.§. B. 3. C.6. D.E.
4 2
Loi giai
Diéu kién: z,y > 0.
Theo gia thiét: log, v+ 4y =2z —4y +1 < log, [:1; 143/] —1=2z—4y
T+y

x4+ 4y
2z + 2y

< log, (a: + 4y) + 2(3: + 4y) = log, (2x + 2y) + 2 (290 + 2y) (1)

]: 2(2z +2y) — 2(z + 4y)

Xét ham s dic trung f(t) =log,t+2t voi t € (0;—!—00)

Ta co: f’(t) = tl% +2>0v0ite (0;—|—oo) nén ham sb f(t) dong bién trén ¢ € (0;—|—oo)

Nén (1)<:>f(x+4y):f(2m+2y)<:>x+4y:2x+2y©w:2y.
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Cau 10:

o'y ae’ Il 16120 4167 12y 1 11

(I + 2y)3 4y 64y 4y 16 4y 2
Sy TR
Vay P =— khi y =2.
Nhdn xét:

- Poi voi bai todn so nay, sau khi chung ta thuc hién viéc biéu dién dwoc x = 2y chi can rut gon

biéu thitc P thi viéc xdc dinh gia tri P twong doi da ro rang doi véi cac em hoc sinh.

i 8(1—ab ) ]
Cho hai so0 thyc duong a va b théa man 4% 2070 — —( "y ) . Gia tri 16n nhat cua biéu thirc
a
P = ab + 2ab* bang
A. 3. B. 1. c.*/g_l. p. >
2 17

Pé thi thir chuyén Hing Vieong — Gia Lai — lan 1 nam hoc 2018-2019
Loi giai

bk: a>0,b>0,1> ab.

81— ab)
a+b
& (a+b).2" =(2—2ab).2" (1)

Theo gia thiét; 4.2"+ = & (a+b).2 =

Xét ham sb ddc trung: f(t) = £.2' véi ¢ € (0;+00).

Khi d6: f'(t) =2+ £.2".In2 > 0,Vt € D nén ham s6 f(¢) 1a ham s dong bién trén (0;+00).
()& fla+b)=f(2—20b) © a+b=2—2ab s a(l+2b)=2-b.
Viab>0=2-b>0eb<2.

Khi d6: P = ab + 2ab’ :ba(1+2b):b(2—b)=1—(b—1>2§1.

Vay P =1khia=—,b=1.

1
37
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Cau 11:

Cau 12:

Cho a, b 14 hai sé thuc duong théa mén log, [4(1—#__25)—%5] =a+ 3b—4. Tim gia tri nho nhat
a
ciabiéuthic P =a> +0*—3a+b—5
A. —15. B. —5. C.5. D. 35.
Loi giai
Theo bai ra, ta co: log, da+2+5 =a+3—4
a+b

(:)log5(4a+2b+5)—log55(a+b>:5<a+b)—<4a+26+5)
& log, (40 +2b+5)+ (4a+2b +5) =log,5(a +b)+5(a +b) (1)

1
tlnb

Xét ham s dic trung: f(t) =log_t + t(t > 0). Khi do: f (t) = +1>0

Do d6 ham sb f(t) dong bién nén (1) < f(4a +2b +5) = f(5 (a +b))
©4da+2b+5=5(a+b) e a=5-3b.

P=a"+b"~3a+b-5=(5-3b) +" —3(5-3b)+b—5=100" —200 +5
:10(6—1)2—52—5.
Vay GTNN P = —5. D4u bang xay rakhi a =2,b = 1.

. 2 e 1
Cho cac s0 duong a,b théa man 3 + logJH—Z—FS =ab—a—2b. Tim gia tri nhé nhat cua
a

biéu thirc: P = a® + 4b° — 26ab + 2020 .

A. 1120. B. 1885. C. 2021. D. 1705.
Loi gidi
Chon D
Ta cod 3+log«/w:ab—a—2b©3+llog aF 253 =ab—a—2b
ab 2 ab
©6+log[w]:2ab—2a—4b@log[w]:2ab—2a—4b—6
a a

[a+26+3
& log| =2

- ]=2ab—2(a+2b+3)

& log(a+2b+3)+2(a+2b+3) =log(ab) + 2ab (¥
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Cau 13:

, _ 1
Xét ham s6 ddc trung y = f(t) = logt + 2t voi t > 0. Taco f'(t) = T 2> 0¥>0.
n

Suyrahamsb y = f (t) ddng bién trén khoang (O; +oo)

Do d6 (*) < f(a+2b+3)= f(ab) & a+2b+3=ab (1).

Khi o, ta c6: P = a” + 4b* — 26ab + 2020 = (a + 2b)2 — 30ab + 2020
=(a +2b)2 —30(a +2b+3)+2020 = (a + 2b —15)2 +1705

a+2b=15

Vay P = 1705 khi
dy By, = 1705 khiy 0 g

nén a = 3,b =6.

Cho hai s6 thyc duong 2,7 théa mén log, >+ (x + y) = log, (6 — y) + 6. Gi4 tri nho nhét ctia

biéu thirc P = 3x+2y+§+§.
T oy
A. 8+ 6v2. B.%. C.19. D.%.
Pé kiém tra hoc ki 1, THPT Minh Khai — Ha Ngi, nam hoc 2019-2020
Loi giai
N x>0
Piéu kién:
0<y<6"

Gia thiét, ta co: log, = —I—x(aH—y) = log, (6—y)+6x & log, T + 2 = log, (6—y>+x(6—y)
©2log2m+m2 :logzx(ﬁ—y)+x<6—y)<:>log2x2—l—w2 =log2m(6—y>+w(6—y)(1>
Xétham s6 f(t) = log,t +t véi t >0, ta co: f’(t)=ﬁ+1>0,w>0.

Suyrahamsb y = f (t) ddng bién trén khoang (0;+oo).

Do do: (1)©f<:v2>:f(x(6—y))(:>a:2 :w(6—y)(:)x:6—y.

V61 x =6 — y thay vao P ta duoc:

6 8 6 8 [8 .y 6 3
P=3(6-y)+2y+—+—-=18-y+—+—=|—+=|+|—+(6—y)|+9.
( y> Ty Ty ey Ty [y 2] [G—y 2< y)]

S92 Y 4o L.§(6—y)+9@P219.
y 2 6—y 2

6—y=2
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. . T =
Viy gia tri nhé nhat cia bieu thue P 1a 19 khi
y =

T+

Cau 14: Cho s6 thyc x, y thoa méan log =z(z —3)+ y(y —3) + xy. Tim gia trj 16n

Sty ay +2
T+2y+3
T+y+6

69 — V249 69 + 249 C 37 +~249 b 43 4 2~/249
o — Ny

A —. B.
94

94 9
Dé thi thir TN THPT Lé Hodan-Thanh Héa-2019-2020
Loi giai

nhét cta biéu thitc P =

bkix +y>0.

Gia thiét: log - Tty =z(z—3)+yly—3) +ay

Pt 4yt oy + 2
& 2log,(z +y) —2log, (e + ¥  +ay +2) =2 -3z +y* -3y +ay

& 2log,(z +y)+2+ 3z + 3y) =2log, (2" + " +ay +2) +2° + ¢’ + 2y +2
& 2log, (37 + 3y) + 3z + 3y) = 2log, (¢ + y* + 2y +2) + (z° + ¢/ +xy+2)(1)

Xét ham s6 dac trung: f(t) = 2log, t +1(t > 0)taco: f'(t) = +1>0Vt>0

t.In
Suy ra: ham s f (t) ddng bién trén (O; —|—oo) .

(1)<:}f(3x+3y):f(x2—l—y2—|—xy—|—2)<:>3m+3y:x2+y2+a:y+2

2 2
& y2+a:y+x— -3 y+£ +2+3i—3—x—1:0
1 2) 74T T4 T2 4
2
2
DO | I VS T G R 1 N R CCRRC)
2 2| "4 2 4 2 2 2 2
2
Pit a=y+f,b=ﬁth _3 +b—£ :1(2)
2 2
2 +3 2y+§+3 2 + 3 Pb
Khido: p=2F=Y 9 _ -0 L a(P-2)+2+6P-3=0(3)
T+y+6 J3

T T b
+2+246 a+—~+6
T J3

3 3

Ta coi (2)1a phuong trinh duong tron (0) voi I 2y

JR=1 va (3) la dudng thing

d:(P—2)x+iy+6P—3:0.

J3
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VIV 7|5 tsd

Cau 15:

Sp—2)+ L 1ep—3
2

2
\/(P _ 2)2 +1lp
3
188 69 — /249 69 + V249 _ 69 ++/249

& 2P 92P+32<0 & <P< . Vay P
3 94 94 max 94

Dé ton tai a,bkhi d,(C') c6 diém chung < d([;(d)) <R<& ‘ <1

. 7 2. 2
Vi céc s6 thuc duong z,y thay doi thoa man: log, [w] = x(:c — 12) + y(y — 4) —10
T +y +1
Gi4 tri nho nhat cua biéu thie: P = Sr+2y+6 thudc khoang nao sau day?
2c+y+1
A. (0,5;0,7). B. (0,7,0,9). C. (0,91,1). D. (0,3;0,5).
Loi giai
6z 42y +5

Theo bai ra, ta c6: log, ] = :L'(x — 12) +y (y — 4) —10

2

+y+1
& log, (62 + 2y +5) + 122 + 4y +10 = log, (2 +y* + 1)+ 2° + ¢
& log, [2(62 + 2y +5)| +2(62 + 2y + 5) = log, (a* + 4" + 1) + (2" + y* +1)(1)

Xét ham s dic trung cho phuong trinh: f(t) =log,t+1t voi t > 0.

Ta co: f’(t) = +1> 0,Vt > 0 nén ham sd f(t) ddng bién trén khoang (0;+oo).

t.ln2
Do dé: (1) f(2(6x+2y+5)):f(x2 +y +1) & 2(6z+2y+5)=2" +3’ +1
& (e—6) +(y—2) =49(2).

zT+y+6
—_— =
24+ y+8
Khi d6, ta coi (2)1a phuong trinh ctia dwong tron (C'): 1(6;2), R =7 va (3)1a phuong trinh cia
duong thing d

D¢ ton tai (z,y) thoa man bai toan <« d,(C) 6 diém chung< d(I;d) < R

\22P - 14\

\/(2P —1) +(P -1y

Khi d6: P = (2P—1)m+(P—1>y+8P—6:0(3).

= <7 (22P-14) < 49[(213 P 1)2}

& 230P° —322P+98§0@MSPSM
239 239
Vay P = 161 - 7951 ~ 0,46
min 239
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VIV7 s

Cau 16: Cho z,y 1a cac sb thuc duong thoa man: log, (:v + 2y) + x(m + 3y — 1) + y(2y = 1) = 0. Khi
biéu thic P = log, , =+ 2.log, , y dat gid tri 16n nhat, hay tinh gia trj 42° + 5y°.

A.z. B. 3. C.1. D.§.

3 9
Dé thi thir TN THPT Chuyén Ha Tinh-2019-2020

Loi giai
Chon C

Véi 2,y > 0. Taco: log, (2 +2y)+ z(z + 3y — 1)+ y(2y—1) =0
& log, (z+2y)+ (z+y)(z + 2y —1) = 0(1)

+Néu z+2y > 1 thi VT (1)> 0 (loai)
+Néu z +2y <1 thi VT'(1) <0 (loai).
+Néuz+2y=11thi VT(1)=0 (Um). Suyra ()& z+2y=1ez=1-2y (dk:0<y<%).

Khi dé: P = log,,, = + 2.log,, y = log,,, (m.gf). Ma: z.y° = (1 — 2y)y2 = (1 — 2y).y.y.

, . Cyty+(1-2y)
Ap dung bdt Cauchy cho ba s6 duong, ta co: 3 > 3yy. (1 — 2y>

1 1
& —2> y.y.(l — 2y> = P <log,, o7

27
. 1 . 1 1 4 5
Vay P = logmoﬁ khi y :§,x =§:>4x + 5y =1.
Cau 17: Cho x,Y la cac sd thuc duong va y>1 thoa man:

T +5
xy + 3

[a;<y2 — 1) + 3y — Sl.ln(x + 1) = ln[ ]— Iny. Tim gid tri nhd nhit cia biéu thuc:

P:x(y—1)+gy+2

25
A.@. B.E C.ﬁ D.ﬁ
25 25 25 25
Loi giai
Chen A
Theo bai ta, ta co: [:c(yz — 1) + 3y — 5],111(;,5 . 1) =1In z+5 | Iny
zy+3

& [(ny + 3y) — (a: + 5)}.1n (m + 1) =In (.T + 5) — ln(acgf + 3y) (1)
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Cau 18:

Nhan xét: 7> 0= In(z +1) > 0.

+Néu: 2y’ + 3y >z +5 thi VT (1) > 0,VP (1) < 0( loai).
+Néw: zy® +3y <z +5 thi VT (1) < 0,VP <1) > 0( loai).
+Néu 2y +3y =2 +5 thi VT (1) =VP (1) = 0 ( théa man).

Do d6: (1)@:6((/2+3y=m—|—5(1)(:)m<y2—1)25—3y©x:52_3y (dk:1<y<§).
y —1 3
e 32 5—3 32 8 32 57
Khldo:P:x(y—1)+—y+2: y+_y+2:_+_<y+1>__
25 y+1 25 y+1 25 25
g 32 57 103
>2 —— (y+1) - =——.
y+1 25 25 25
Vay P, =By BB )y =2
e 25 y+1 25 2
Cho x,Y la hai s6 thuc khong am thoa man dang thirc

2 2
0g, LTV 15
2r+3y+3
P=2"+1y" +22+4y -5 1a?

(4x—x2>+<6y—y2)—8. Gia tri nhd nhdt cia Dbiéu thic

A. 26— 834 B. 28 — 4+/34 . C. 26— 434 . D. 28 — 834 .
Loi gidi
Chon B
2 2
Ta co log2w<(4x—x2)+(6y—y2)—8

2% +3y+3
<:>log2(a;2+y2+15>+x2-|-y2_|_15§10g2<2x+3y+3>+4x+6y+7

& log(2* +y* +15) + 2° + y* +15 < log(4z + 6y + 6) + 4z + 6y + 6 (1).
Xét ham s dic trung: y = f(t) =t+log,t voi t >0

Khi dé: f’(t):1+“%>o,w>o;»y=f(t) dong bién trén

khodng (0;+oo). g
(1)« f(ac2 + 9 +15)§f(4a:+6y+6)

Gty +15<ds+6y+6e (v—2) +(y—3) <4 (.

|
Q

Ta coi cac cap (a:; y) théa man (2) 1a cac diém M (x;y) thudc hinh

2N

tron (C) 1 (2;3>,R = 2 (ké ca phan nam bén trong dudng tron do)
Gt P=2*+y +2+dy—5=(c+1) +(y+2) —10=AM* —10véi A(-L-2) va
IA=+34>R=2
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VIV7 5 neasen

Khi d6: nén diém A nim ngodi duomg ton (€)= AM >IA- R=+/34 -2

:>P2(\/3_4—2)2—10:28—4\/3_4:>Pmm=28—4\/3_4 khi M =D.
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