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Chuong 1

Tong 6n Van dung- Van dung cao

1. Van dung cao 16p 11

3sin 2x + cos 2x
sin 2z + 4cos?z + 1

Cau 1. Tim tat ca cac gia tri cia m dé bat phuong trinh < m+ 1 dang véi

moi = € R.

Cau 2. C6 bao nhiéu gia tri ctia a trong [0;27] dé ba phan tit ctia S = {sin a, sin 2« sin 3a’}
trung v6i ba phan t1t cia T = {cos a, cos 2« cos 3a}.

A1 B 2. (© 3. D) 4.
Cau 3. C6 bao nhiéu s6 nguyén m dé phuong trinh In (m + 2sinz + In (m + 3sinz)) = sinx ¢6
nghiém?

A) 3. B) 4. (©) 5. (D) 6.
Cau 4. C6 bao nhiéu sé nguyén m dé phuong trinh m + sin (m + sin 3x) = sin (3sinx) + 4sin®z
¢6 nghiem thyc?

A) 9. B) 5. (©) 4. D) 8.
Cau 5. Cho phuong trinh: (cosx + 1) (cos2x — mcosx) = msin’z. Phuong trinh c6 ding hai

2

nghiém thudc doan {O; ?ﬂ} khi:

A m > 1. B m > —1. ©-1<m<1. @—1<m<—%.

Cau 6. Xét bang 6 vuong gom 4 x 4 6 vuong. Ngudi ta dién vao mdi 6 vuong dé mot trong hai
s6 1 hoiic —1 sao cho tong cac sé trong mdi hang va tong cac sb6 trong mdi cot déu bing 0. Héi c6

bao nhiéu cach?
(Aa) 72. B) 90. (©) 80. (D) 144.

Cau 7. Cho tap hop A c6 n phan tit (n > 4). Biét rdng s6 tap con ctia A ¢6 8 phan tit nhiéu gap
26 1an s6 tap con clia A c6 4 phan tit. Hay tim & € {1,2,3,...,n} sao cho sb tap con gom k phan
tlt clia A 1a nhiéu nhat.

(A) k = 20. B) k= 11. © k= 14. (D) k = 10.
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Cau 8. Mot khdi lap phuong c6 do dai canh 14 2cm duge chia thanh 8 khéi lap phuong canh lem.

Hoi ¢6 bao nhiéu tam giac duge tao thanh tit cadc dinh ctia khéi lap phuong canh lem.
(A) 2876. (B) 2898. (C) 2915. (D) 2012.

Cau 9. Trung tam boi dudng kién thitc va luyen thi Dia hoc muén trao ting hét 500 cudén sach
giéng nhau Dot pha tu duy gidi nhanh tric nghiém Giai tich 12 cia tac gia Luc Tri
Tuyén cho 3 truong THPT 6 huyen Mu Cang Chai (thuoc Yen Bai) sao cho mdi truong déu duge
it nhat 100 cudn. Hobi ¢6 bao nhiéu cich trao ting sach theo s6 lugng théa man yéu cau trén?

(A) 20503. (B) 20301. (C) 1373701. (D) 83436.

Cau 10. Cho khéi lap phuong 3 x 3 x 3 gom 27 khéi lap phuong don vi. Mot mit phang vuong
géc v6i dudng chéo ctia khéi lap phuong 16n tai trung diém ctia n6. Miat phang nay cit ngang
(khong di qua dinh) bao nhiéu khéi 1ap phuong don vi?

(A 10. B) 23. (©) 18. D) 19.

Cau 11. Cho da giac déu 20 canh noi tiép trong dudng tron (O). C6 bao nhiéu tam gidc ma cac

dinh la ba dinh cta da giac va ba canh la ba duong chéo ctia da giac?
(A) 800. (B) 702. (©) 600. (D) 912.

Cau 12. Cho 2018-gidc déu noi tiép duong tron (O). Hoéi ¢6 bao nhiéu tam gidc t ma cic dinh
la dinh ctia da giac nay?
(A) 20180 C3y1s — 2018. (©) Clhos- (D) 2018C 72,

Cau 13. Trong mat phang (Oxy) cho hinh chit nhat OM N P véi M (0;10); N (100; 10) v P (100; 0).
Goi S 1a tap hop tat ca cac diém A (z;y), 2,y € N nam bén trong (ké ca trén canh) ctia OMNP.
Lay ngau nhien 1 diém A (z;y) € S. Tinh xéac suat dé z +y < 90

90 86 860 900

101° ® o1 ©mr O
Cau 14. Cho da gidc déu 15 dinh. Goi M 1a tap tat cd cac tam giadc c6 ba dinh 1 ba dinh clia
da gia déu nay. Chon ngu nhién 1 tam giac thuoc M. Tinh xac suat dé tam gidc duge chon 1a

tam giac can nhung khong déu.

19 98
87 18
E. @ 9_1. E5. ﬁ.

Cau 15. Goi S 1a tap tat ca cac s6 tu nhien ¢6 3 chit s6 duge lap tit tap X = {0,1,2,3,4,5,6, 7}.
Rt ngdu nhien mot mot s6 thudce tap S. Tinh xéc suat dé rat duge s6 ma trong dé chit sb6 ding

sau luon 16n hon ho#c bang chit s6 ding trude.
91 5

5 ® s 15 G
Cau 16. Cho da giac déu 20 dinh. Lay ngau nhien 3 dinh. Tinh xéc suat dé 3 dinh d6 tao thanh
mot tam giac vuong khong can.
2 8
o ® 5 v 57
Cau 17. Cho n, (n > 4) giac déu noi tiép duong tron (O). C6 bao nhiéu hinh thang (khong 1a

hinh ch nhat) ma 4 dinh 1a cac dinh ctia da gidc déu da cho?

(A) 720. (B) 680. (C) 800. (D) 920.

Hoc thi truc tuyén hoan toan mién phi tai www.estudy.edu.vn 4
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Cau 18. Goi S la tap tat cd cac s6 c6 7 chit s6 ma tong cac chit s6 ciia né bing 59. Ly ngau

nhién mot s6 trong S. Tinh xac suat dé s6 dudce chon chia hét cho 11.
4 5 19

i ® o o 2
Cau 19. T cac s6 0,1,2,3,4,5,6 lap duge bao nhiéu s6 tu nhién c6 5 chit s6 (cac chit s6 khong
nhat thiét khac nhau) va chia hét cho 9.

(A) 2558. (B) 1601. (C) 1760. (D) 2145.

, , 1 20 1 10 .
Cau 20. Sau khi khai trien va rat gon, bieu thic <:1: — —2) + <:c3 — —) c¢6 bao nhiéu so
x x
hang?

(A) 27. B) 28. (©) 29. (D) 32.

Cau 21. Tim n biét ring
an(z—=1)"+ana(x—1)""+ . 4a (x—1)+ay= 2"

dong thoi a, + as + az = 231.
(A)n=9. B) n = 10. ©n=11. (D) n = 12.
Cau 22. Cho khai trién (1 — 22)" = ap+a1x+ax?+...+a,z". Biét S = |a1|+2 |as|+...+na,| =
34992, tinh gia tri ctia biéu thic P = ag + 3a; + 9as + ... + 3%a,?
(A) 390625. —78125. (©) —1953125. (D) 9765625.
Cau 23. Cho da thitc: P(z) = (z + 1)* + (x + 1)°+ (z + D+ (2 + )M + (2 + 1)'2 Khai trién

va rit gon ta duge da thiic P(x) = ag + a1z + asx? + ... + appx'?. Tim heé sb ag.

(@A) 715. (B) 720. (C) 700. (D) 730.

. L GLN O cnr 2100 _pp—3
Cau 24. Tim sO tat ca tu nhién n théa man —24+-—24+ 2+ + n = )
' 1.2 23 34 m+1)(n+2) (m+1)(n+2)

(A) n = 100. B)n=98. (© n=99. (D) n = 101.

Cau 25. Cho tap A = {1;2;3;4;5;...;100}. Goi S 1a tap cac tap con cia A. Mdi tap con nay gom
3 phan tit va c6 tong bang 91. Chon ngau nhién mot phan ti clia S. Xac suat chon duge phan ti
c6 3 s6 lap thanh cap s6 nhan 1a?
2 3 1
65 ®) 1355 65 530
S fB)..f(@2n—1)
f2)f(4)..f(2n)

Cau 26. Cho f(n) = (n*+n+1)"+1 VYn € N* va dit u, = . Tim s6

. 10239
nguyén duong n nhé nhat sao cho log,u,, + u, < — 1024 ?

(A) n =23. B)n = 29. (© n = 33. (D) n = 21.

Cau 27. Cho day s6 (a,) thoa man diéu kien a; = 1; 5%+17% — 1 =

v6i moi n € Z7.
, 3n + 2
Tim s6 nguyén duong n > 1 nhé nhat deé a,, € Z?

(A) n = 39. B)n = 41. (© n = 49. (D) n =123

Hoc thi truc tuyén hoan toan mién phi tai www.estudy.edu.vn 5
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) . uyp =2 s
Cau 28. Cho day s6 (u,) dugc xac dinh bdi cong thiic ! . Tim gi6i han
2018uy, 11 = ui + 2017w,
ciia day s6 S, = Mo ® M
Ug—l U3—1 un+1—1

(&) lim S, = ﬁ. (B) lim S, = 2018. (©) lim S, = %. (D) lim S, = 1.

Cau 29. Cho day sb6 (u,) xac dinh béi u; = 5;u2ﬁ = u” 4+ 2" + 2.3" v6i moi n > 1. Tim s6

nguyén nh6 nhat théa man u? — 2" > 5190
(A) 146. 233. (C) 232. (D) 147.

) =1
Cau 30. Cho day so u1 va S = u? 4+ u3 + ... + udyg + 2018. Khi d6 S ¢6 bao
Upt1 = /U2 + 2

nhiéu chit s67?
(A) 963. B) 962. (©) 607. (D) 608.

Cau 31. Cho mot cap sb cong (u,) ¢6 u; = 1 va tong ctia 100 6 hang dau tien 24850. Tinh gid

1 1
+ + ...+ + ?
UUz UaU3 U48U49 U49U50

4 9 49
S =123. S=—. S =—. S=—.
@ 23 @ 246 @ 246
Cau 32. Cho ham s6 y = f (z) théa man diéu kien f?(1+2z) = z — f3(1 — z). Lap phuong
trinh tiép tuyén véi do thi ham s6 y = f (v) tai diém c6 hoanh do x = 1?7
1 6 1 6 1 6 1 6
@y:—?x—?. y:—?x—l—?. @y:?x—? @y:?x—l—?.
Cau 33. Cho ham s6 y = 2x* — 3x% + 1 ¢6 do thi (C). Xét diém A; c6 hoanh do z; = 1 thuoc
(C). Tiép tuyén ctia (C) tai A; cat (C) tai diém tht hai Ay # A; c6 hoanh do z,. Tiép tuyén ciia
(C) tai Ay cit (O) tai diém thit hai A3 # Ay c6 hoanh do z3. Ct tiép tuc nhu thé, tiép tuyén clia
(C) tai A,_; cat (C) tai diém thit hai A, # A,_1 ¢6 hoanh do x,,. Tim gid tri nhé nhat ctia n dé
x, > 5100,

(A) 235. 234. (©) 118. (D) 117.

Cau 34. Cho hinh chép S.ABC. Bén trong tam gidc ABC talay mot diém O bat ky. Tit O ta dung
cac dudng thang lan lugt song song véi SA, SB, SC va cat cac mat phang (SBC), (SCA), (SAB)

. . A B’ !
theo thi tuy tai A, B, C". Khi d6 tong ti s0 T = OSA + OSB + Osg

AT =3. T:Z. ©T=1. @T:%.
Cau 35. Cho khdi tit dien ABCD c¢6 BC = 3,CD = 4,{ABC = £BCD = £LADC = 90°.
Goc gita hai dudng thang AD va BC bang 60°. Tinh cosin goc giita hai mit phing (ABC) va
(ACD)?
@ 2v43 V43 © 4v43 ® V43
43 86 43 43

tri ctia biéu thitc S =

bang bao nhiéu?

Hoc thi truc tuyén hoan toan mién phi tai www.estudy.edu.vn 6
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2. Van dung cao I6p 12

1 1 1
Cau 36. Phuong trinhe* ——— —+ .. — ——
r—1 x-—2 r — 2018
thue?

A1 B 0. (C) 2018. (D) 2019.

Cau 37. Cho ham s6 f(z) = 23 — 3x + m + 2. C6 bao nhiéu s6 nguyen duong m < 2018 sao
cho v6i moi bo ba s6 thuc a,b,c € [—1;3] thi f (a), f (b), f (c) 1a do dai ba canh mot tam giac

—2018 = 0 ¢6 tat ca bao nhiéu nghiem

nhon.
(A) 1989. B) 1969. (C) 1997. (D) 2008.

Cau 38. Tim tap hop tat ca cac gia tri thyc clia tham s6 m dé ham s6 y = |z> — (2m + 1) 22 +

3m |z| — 5 ¢6 ba diém cic tri?
1 1
(Aa) (—oo; Z) {0; Z) U (1;+00). (C) (—o0;0]. @ (1; 400).
Cau 39.
Cho ham 86 f(z) ¢6 dao ham f’(z) ¢6 do thi nhu hinh vé . Ham
3

$6 g(z) = f(z) — % + 22 — x 4+ 2 dat cuc dai tai diém nao?

@Wz=1. @Baz=-1. ©z=0. Dz=2.

Cau 40. Véi gia tri thyc duong ctia tham s6 m dé do thi ham s6 y = 2° — 3ma? + 3z + 1 ¢6 cac
diém cuc tri A va B sao cho tam gidc AOAB c6 dien tich bing 8v/2 thi ménh dé nao sau day la
diang? .

@1<m<2. 2<m<§. @3<m<4. ®m<1.
Cau 41. Cho ham s6 y = f (z) ¢6 dao ham [’ (x) = z* (x + 1) (2® + 2mzx + 4). C6 bao nhiéu gia
tri nguyén am ctia m dé ham s6 y = f (2?) c6 ding 1 diém cic tri?

A1 B) 2. (© 3. D) 4.
Cau 42. Xét cic s6 thuc véi a # 0,b > 0 sao cho phuong trinh az® — 22 + b = 0 ¢6 it nhat hai
nghiem thue. Gia tri 16n nhat ctia biéu thiic a?b bing:

4 15 27 4
5 T © 7 5

Hoc thi truc tuyén hoan toan mién phi tai www.estudy.edu.vn 7
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Cau 43.

Cho ham s6 y = f (x) c6 do thi nhu hinh vé bén va c6 dao Yy

ham f’ (z) liéen tuc tréen R. Dudng thang trong hinh vé bén 9 /
1a tiép tuyén ctia do thi ham s6 tai goc toa do. Goi m 1a gia /\

tri nho nhat ctia ham s6 y = f' (z). Ménh dé nao sau day 1a / 1 /

ding? / -1 0 / T
@m<—2. —2<m<0. \/
©0<m<2 D) m > 2. /

. / P 1 1 k
Cau 44. Gia su k la so thuc 16n nhat sao cho bat dang thitc —— < — + 1-— — ding vé6ive €
- sinz  x T
(0; 5) Khi d6 gia tri ctia k la

A) 5. B) 2. (©) 4. (D) 6.

Cau 45. Cho ham s6 y = f (z) = az® + bz* + ¢ (a # 0) ¢6 diéu kien (mi%) f(z) = f(-1). Gia tri

nhé nhét cia ham s6 y = f (z) trén doan

1 N
—: 2| bang:
2] i

@c+8a. C—I—g. ©c+?—g. @c—a.
Cau 46. C6 bao nhiéu gia tri ctia tham s6 thiic m dé gia tri nho nhat ctia ham s6 y = |2? — 22 + m|+
4x bang —17
@A o. B 1. ©) 2. D) 3.
Inx+1
VinZz + 1
nhiéu?le\/§ i1 a1 B
@2 4 Cpe Dpss
Cau 48. Biét riing tiép tuyén ctia d6 thi ham s6 y = (z + a)® + (z + b)* + (z + ¢)® ¢6 he sb goc

Cau 47. Gi4 tri 16n nhat ctia ham s6 y = + m| trén [1; €?] dat gia tri nhé nhat 1a bao

nhé nhat tai tiép diém c6 hoanh do z = —1 dong thoi a, b, ¢ 1a céc s6 thuc khong am. Tim gia tri

16n nhat ctia tung do ciia giao diém do thi ham s6 véi truc tung?
A 27. B 3. ©o9. D) 18.

Cau 49. Cho ba s6 thyc z,y, z khong am thoa man 2% + 4Y 4+ 8 = 4. Tim gia tri nho nhat cia

.2 . T Yy z
bieu thic S = — + = + —.
1€u 1(: 6+3+2

4 1

) . . 1
Cau 50. Cho cac 6 thuc a, b, ¢ € [2;3]. Biét gia tri 16n nhat ctia S = 4% +4° 4 4¢ — Z(a +b+c)?

a2 i m,n 1a cic s6 nguyén duong va M6 gian. Tinh P = m + 2n.
n n
(A) P =257. (B) P = 258. ©P=11. (D) P =18

Cau 51. C6 bao nhiéu gia tri nguyéen ctia m dé ham s6 y = |22 + max + 1| trén [—1;2] dat gia tri
nhé nhat bang 17

@1 ®) 32 ©6. D) 4.

Hoc thi truc tuyén hoan toan mién phi tai www.estudy.edu.vn 8
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r—3

Cau 52. Cho ham sb6 y = ; c6 do thi (C) va diém A € (C). Tiép tuyén véi (C) tai A tao véi

x
hai duong tiém can mot tam gidc c6 ban kinh duong tron noi tiép 16n nhat 14 bao nhieu?

@A) 2 +2v2. B) 4 - 2v2. (©3—-V2. (D) 4+2v2.
2 —ay+3=0

20+ 3y —14 <0
ctia biéu thiic P = 322y — xy? — 22° + 227

A) 0. B) 8. (©) 4. D) 12.
Cau 54. C6 bao nhiéu gia tri clia tham s6 m dé gia tri I16n nhat ctia ham s6 y = |2° — 32 + m|
tren doan [0; 2] bang 3.

(A 1. ®B) 2. ©) 3. D) 4.

Cau 55. Tim tat ca cac gia tri clia tham s6 m dé gia tri 16n nhéat ctia ham s

Cau 53. Cho z,y > 0 va thda man { . Tinh téng gia tri 16n nhat va nhé nhat

y:’x3—x2+(m2+1)x—4m—7’

trén doan [0; 2] khong vugt qua 15.

A)m > -2 B) m < 2. ©0<m<2. D) —2<m <2
Cau 56. Cho ham s6 f(x) lien tuc trén [1;5] théa man f(1) =a+1; f(2) = —a; f(3) = —a — 2;
f(4) =2a+5va f(5) =1—a? (a la tham s6). Biét rang ham s6 f(z) don dieu trén moi khodng
(1;2), (2;3), (3;4) va (4;5). Tim tat ca céc gia tri clia a dé ming 5 f(z) < —3.

(A)ac (—o0; —2] U [1;+00) \ {—Z}. B) a € (—o0; —2] U [1; +00).

(© ac[-21]. @ a € (—oo; —2] U [2; +00).

Cau 57. Goi k, e la s6 thuc dé gid tri 16n nhat ciia ham s6 y = |22 — kx — ¢| trén doan [—1; 3]
dat gia tri nho nhat. Tinh k + e?

@ —1. B 1. © -3. D) 3.

Cau 58. Cho ham s6 y = |82* + az? + b| trong d6 a,b 1a cac tham s6 thie. Biét ring gia tri lén
nhat ctia ham s6 trén [—1;1] bang 1. Tinh 7' = a + b.

A —o. ~7. ©)s. D) 6.
Cau 59. Tu mot tam ton c6 kich thude 90em x 3m, ngudi ta lam mot mang x6i nude trong do6
mit cat 1a hinh thang ABCD c6 hinh dudi.
Tinh thé tich 16n nhat clia mang x6i.

(&) 40500/6cm?. 40500v/5¢m?. A D

(C) 202500v/3cm?. (D) 40500v/2cm?.

30cm 30cm

B 30cm C

Cau 60. Cho ham s6 y = f (x) ¢6 bang bién thién nhu hinh vé dudi day:

Hoc thi truc tuyén hoan toan mién phi tai www.estudy.edu.vn 9
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N N

Ham s6 y = f (2 — 2) nghich bién trén khodng nao?

@) (-2:0). (2; +00). © (0:2). D) (~o00:-2).
Cau 61. Cho phuong trinh 8 — m22*+ 4 (2m? — 1) 2® + m — m? = 0. Biét tap hop cac gia tri
thuyc ctia tham s6 m sao cho phuong trinh c6 ba nghiém phan biét 1a (a;b). Tinh S = ab?

2 4 V3 2v/3
@S:%. 5:5. ©5:7. @S:T.

Cau 62. Cho hai s6 thyc a, b 16n hon 1 thay doi théa man a + b = 10. Goi 21, x5 1a hai nghiem
ctia phuong trinh (log, z) (log, x) — 2log,  — 3log, x — 1 = 0. Tim gi4 tri nho nhat ctia biéu thitc

S = T1.79.
16875 400
T B) 8—70. (C) 15625. (D) 3456.

Cau 63. Cho ba s6 thuc a,b, ¢ thay doi 16n hon 1 théa man a + b + ¢ = 100. Goi z1, z» 13 hai
nghiem ctia phuong trinh (log,z)* — (1 + 2log,b + 3log,c) log,x — 1 = 0. Tinh S = a + 2b+ 3¢ khi

x1.75 dat gia tri 16n nhat.
@szg. S:?. @S:?. (D) S = 200.

Cau 64. Biét ring khi m,n 1a cac s6 duong khac 1, thay doi théa man m +n = 2017 thi phuong
trinh 8log,,, z.log, x—Tlog,,x—6log, x—2017 = 0 luon c6 hai nghiém phan biét x;, x. Biét gia tri 16n

) 3 7 d )
nhat cta In (z;29) 1a 2 In (%) + 3 In (1—3) véi ¢, d 1a cac sO nguyén duong. Tinh S = 2¢+ 3d.

(A) S = 2017. S = 66561. (©) S = 64544. (D) S = 26221.

Cau 65. Cho cac s6 thuc duong a, b thdéa man 4% — 2971 42 (2% — 1)sin (2 + b — 1) +2 = 0. Tim
gi4 tri nho nhat ctia bicu thitc S = a + 2b.
3
@5—1. g © w1 @5—1.
Cau 66. Cho hai s6 thuc a > 1,b > 1. Biét phuong trinh a®b** — 1 = 1 ¢6 hai nghiém phan biet

2
T1T2
—14 .
T +$2> (o2 22)

A 4. 37/2. (©) 3V4. D) V2.

Cau 67. Cho cic s6 nguyén duong a,b > 1. Biét phuong trinh a1 = b® ¢6 hai nghiém phan biét

x1,To. Tim gia tri nhé nhét clia biéu thic S = (

21, Ty va phuong trinh bl = (9a)” ¢6 hai nghiém phan biet 3, x4 théa man (z; + x2) (x3 + x4) <

3. Tim gia tri nhd nhat ctia biéu thic S = 3a + 2b.

A) 12. (B) 46. (C) 44. (D) 22.
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Cau 68. Xét cac s6 nguyen duong a, b sao cho phuong trinh a.4” — 0.2* + 50 = 0 ¢6 hai nghiém
phan biét xq, x5 va phuong trinh 9° — 0.3 + 50a = 0 c¢6 hai nghiém phan biét x3, z4 thoa man
x5+ x4 > 21 + To. Tim gia tri nhé nhat cta biéu thic S = 3a + 2b.

(A) 49. B) 51. () 81. D) 78.
Cau 69. Cho hai s6 thuc a, b 16n hon 1 thay déi théa man a+b = 10. Goi m, n la hai nghiem ctia
phuong trinh (log,z) (logyz) — 2log,x —3 = 0. Tim gi4 tri nhé nhat ctia biéu thitc P = mn+9a.

279 81 45
(Aa) T B) 90. T -

Cau 70. Cho hai s6 thuc duong a,b 16n hon 1 va biét phuong trinh a® b**! = 1 ¢6 nghiém thuec.

Tim gid tri nhé nhat ctia biéu thic P = log, (ab) + 7
084

A 4. B 5. (©) 6. (D) 10.
Cau 71. Xét céac s6 thuc duong a, b théa man log; a—2log,a+2+2 (logya — 1) sin (logya + b) = 0.
Tim gia tri nhé nhat ciia biéu thic S = 2a + 3b.
3 3 9
@ -1 ® -2 ©r—1 D 5 +2
Cau 72. Cho cac s6 thuc a,b > 1 va phuong trinh log, (ax)log, (bx) = 2018 ¢6 hai nghiém phan
biét 2, v 5. Tim gid tri nho nhat clia biéu thic P = (4a® + 9b%) (362222 + 1).

(A) 144. 72. (C) 36. (D) 288.

2
Cau 73. Cho ham 6 f (x) = log31m—x, x € (0;1). Goi S la tap hop tat ca cac gia tri thuc clia

tham s6 m sao cho f (a) + f (b) = 3 v6i moi 86 thyc a,b > 0 théa man e*** < e (a + b). Tinh tich

cac phan tit ctia S.
(A 27. 3v/3. (© —3V3. (D) —27.
Cau 74. Cho ham s6 y = f () lién tuc trén R\ {0; —1} théa méan diéu kien f (1) = —2In2 va
r(x+1).f (z)+ f(x) =2+ 2 Biét f(2) =a+bIn3 (a,b € Q). Tinh a® + b*?
3 13 1 9
@2 opd ©L ® 2
Cau 75. Cho ham so y = f(z) c¢6 dao ham lien tuc trén [—1;1] dong thoi théa man dieu kién

1
/f2 <2va /f r)dr = 0. Tim gia tri nhé nhat clia /:1:2f ) dx?
21 21

5 1
- V5 1.
@ 15 @ 2 @ 15 @
Cau 76. Cho ham s6 y = f (x) ¢6 dao ham cap hai f” (z) lien tuc trén doan [0; 1] dong thoi thoa
man diéu kien f(0) = f (1) =1; f/ (0) = 2018. Ménh dé nao sau day la ding?

@/f” (1 —z)dr = —2018. ./f” (1 — ) dz = 2018.
© [rwi-nu=1 ® Jra-ni=t
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Cau 77. Cho ham s6 y = f (z) ¢6 dao ham lién tuc treén doan [0; 1] théa man 3f (z) + xf’ (z) >

1
2?18 v6i moi x € [0;1]. Gia tri nhd nhat cia tich phan /f (r) dx bang
0

Osprmm Pummemn Cwmmemn © wocmn
2021 x 2022 2018 x 2021 2018 x 2019 2019 x 2021
1
. 1
Cau 78. Cho ham s6 f (x) ¢6 dao ham lién tuc trén [0; 1] théa man f (1) = 0,/ [f ()] dx = 1
1 . 1 ’
va /:c4f (z)dx = s Tich phan /f (z) dz bang
0 0
—1 1 —1 1
7 7 53 Dy
1
Cau 79. Cho ham s6 f (x) c¢6 dao ham lién tuc trén [0; 1] théa méan f (1) = 0, / [f (z))]°dz = g —2In2
0

1 1
va/ f<x)2dx:21n2—§.Tich phan/f(x)dx bang
/ @+ 2

0
1—2In2 3—2In2 3—41In2 1—1In2
®— ®— ©— D——

Cau 80. Cho ham s6 y = f (z) nhan gia tri khong am va lién tuc treén doan {0;

17 ..
5} dong thai ta
1

[ ) 1 Fo1
dat g(x) =1 +/f (t)dt. Biét g (z) < \/f (x) v6i moi x € {0; 5} Tich phan /ﬂdx co gia tri
g(x
0 0
16n nhat bang:
@ 1 2 © V2 D
3 3 2 8
Cau 81. Cho ham s6 y = f (z) nhan gia tri khong am va lien tuc trén doan [0; 1] dong thoi ta
T 1
dat g(x) =1 +3/f (t)dt. Biét g (x) > f? (z) v6i moi x € [0;1]. Tich phan /\/g (r)dx c6 gia tri
0 0
16n nhat bang:
) 4 7 9
@ 3. 3 © 7 ® -

Cau 82. Cho ham s6 y = f (z) nhan gia tri duong va lien tuc trén khoang (0;1) dong thoi ¢

2

mot nguyen ham lién tuc trén doan [0; 1]. Dat g (z) = 1+ / f(t)dt. Biét g (z) > 2z f (x?) v6i moi
0

1
x € [0;1]. Tich phan /g (x)dz c6 gia tri 16n nhat bang:
0

@e—1. ®) 2. ©e+1. @6;1.

Cau 83. Cho ham s6 y = f (x) xac dinh va lien tuc trén R théa man f (2° + 4z + 3) = 2z + 1

8
v6i moi x € R. Tich phan /f (x) dx bang:
2

(A) 10. B) 33—2 (©) 72. D) 2.

Hoc thi truc tuyén hoan toan mién phi tai www.estudy.edu.vn 12
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Cau 84. Cho ham s6 y = f () ¢6 dao ham cap hai lien tuc tren doan [0; 1] dong thoi thda man cac
o kien [ 1 1 ef' (1) = 1'(0)

dieu kién / e f (x)de = / e’ f(x)dx = / e” " () dx # 0. Gia tri ctia biéu thic
0 0 0 T )= F0

bang:
(Aa) —2. —1. © 2. D) 1.

Cau 85. Cho ham s6 y = f (z) nhan gia tri khong am va lien tuc trén doan [0; 1] dong thai ta
T 1

dat g(z) =142 / f(8) dt. Biét g (z) > [f (2)]* v6i moi = € [0; 1]. Tich phan / g (@)Pdx o6 gid
0 0

tri 16n 151hét bang: )
A 5 B) 4. (© 3 D) 5.
2

Cau 86. Cho ham s6 f ¢6 dao ham lién tuc trén [1; 8] dong thoi thoa man diéu kien: / [f (:L’?’)] 2 du+

1
2 2

8
2 .
2/f ) dz = g/ r) dx —/ z? — 1)2da:. Tich phan/[f' (z)]’dx bing:
1 1
8ln2 ln2 4 5
® 57 ® 5 ©3 @7
Cau 87.

Goi (H) 1a hinh phang gi6i han béi parabol (P) : y = 8z — 22 v& Ay
truc hoanh. Cac duong thing y =a,y =by=cvéi0<a<b< 15

¢ < 16 chia (H) thanh bén phan c6 dieén tich bang nhau. Gi tri /\ y=a
ciia biéu thite (16 — a)® 4 (16 — b)® + (16 — ¢)® bing: 10 / \ y=b

(A) 2048. 3584. (C) 2816. (D) 3480. \
)
Yy=-=c

Cau 88.

Cho ham s6 y = f(z) ¢6 dao ham lién tuc tréen R. Do thi ctia ham sb

y = f (z) nhu hinh vé beén. Khi d6 gia tri ctia biéu thiic /f' (x —2)dx+

/f, (x + 2) dx bang bao nhieu:

(A) 10. B) 2. (©) 2. (D) 6.

Cau 89. Cho ham s6 f (z) c6 dao ham duong, lién tuc trén [0; 1] dong thoi thoa méan cac dieu
1

kien f(0) = 1 va 3 / £ (2) 2 (2) + = | do < 2 / VI (@) f () de. Tinh tich phan / £ () da?
0 0 0
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3 ) 5) 7
@ 3. e ©: D
Cau 90. Cho ham s6 y = f(z) ¢6 dao ham lién tuc va duong trén R va thoa man diéu kién

£(0) = 1 dong thi ?;f; - x?i - Tinh 7 = £ (2v2) — 2f (1)?

(A) 3 —2V2. B) 2. (©) 4. (D) 4 — 2V/3.

Cau 91. Cho ham s6 y = f(z) ¢6 dao ham lien tuc trén [0;1] dong thoi thoa man diéu kién

F0)=2va21(a? —1)° = 12(x — 1)2 — 12¢f (2) = [f (2)]2Vz € [0;1]. Tih /f (z) da.

@ > © 2 -2

A

] W

1

4 2
Cau 92. Cho f(z) lién tuc trén R théa méan /f(tanx) dr = 4 va /fofol)dx = 2. Tinh
x
0 0

1
0 A s. B 2. (©) 3. D) 6.
Cau 93. Cho ham s6 f (z) c6 dao ham lién tuc va kh@?g am tren [1;4] dong thoi théa man diéu
Kien o + 2xf () = [f' («)]? déng thai f (1) = ; Tinh [ f (2) dx.
1186 B 207 848 1831

45 - 90 45 ° 90 °

Cau 94. Cho ham s6 f(x) ¢6 dao ham lien tuc trén [0;1] dong thoi thoa man diéu kien

Z{ ;’ ()] 1 1
f(0)=0,f(1)=1va ——dzr = . Tinh tich phan I = | f(x)dx =7
O/ o 1 0/

e —

e—2 e—1 1
@ -1 -2 ©1 ®(e—1)(e—2)'

(& (&

Cau 95. Cho parabol (P) : y = 2? vA hai diém A, B thuoc (P) sao cho AB = 2. Tim dién tich
16n nhat ctia hinh phing gidi han bdi (P) va dudng théing AB.
4 3 3 3
Cau 96. Cau 7: Cho sb6 phiic z théa man dieéu kien |22 — 2z +5| = [(z — 14+ 24) (2 + 3i — 1)].
Tim gia tri nho nhat ctia module |z — 2 4 2| .
5 3
A1 V5. © > (D) >
Cau 97. Cho s6 phiic z théa man diéu kién |z + 1 — 2i| = 2v/2 . Tinh gi4 tri l6n nhat ciia biéu
thic P =alz — 1|+ b|z + 3 + 4i] v6i a, b 1a sd thuc duong.
(A) VaZ + 2. V2a? + 202, (C) 4v/2a% + 202 (D) a® + 1.

— 2

Cau 98. Cho s6 phiic z = a + bi (a,b € R) théa man © la s6 thuan 4o. Khi s6 phiic z ¢6

modun 16n nhat. Tinh gia tri biéu thic P = a + b.

(A) P=0. B) P =4. ©P=2v2+1. (D) P=1+3V2
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Cau 99. Xét cac s6 phiic z = a + bi (a,b € R) théa man |z + 2 + 3i| = v/2. Tinh P = a + b khi
|z + 2 — 5i| + |z — 6 + 3i| dat gid tri 16n nhat.

(A) P=3. B) P =-3. ©PrP=1. D) P=-T.

29— 2 ) .
2“1 Ja s6 thuc. Goi M, m
+1

Cau 100. Cho s6 thyc z; va s6 phtic 2, théa man |z, — 2i| = 1 va
lan lugt 1 gia tri 16n nhat va nhé nhat cta |z; — 2|. Tinh gia tri clia biéu thitc T = M + m?
(AT =4 BT =4V2. ©T=3v2+1. DT =+v2+3.
Cau 101. Cho s6 phtic z théa méan |z| = m? + 2m + 5v6i m 14 s6 thyc. biét ring tap hop diém
clia 86 phitc w = (3 + 44) z — 2i 1a duong tron. Tinh ban kinh R nhé nhét ctia duong tron doé.
(A) Ruin = 5. Rpin = 20. (©) Ruin = 4. (D) Runin = 25.
Cau 102. Xét s6 phiic z va s6 phiic lien hop ctia né c6 diém bicu dién 1a M va M’. S6 phiic
2 (4 + 3i) va s6 phiic lien hgp clia né c6 diem biéu dién 1a N va N'. Biét rang MM'N'N 1a mot
hinh chit nhat. Tim gi& tri nhd nhat cta |z + 41 — 5.
) 2 1 4
® 7 7 ©% O3
Cau 103. Cho s6 phiic z =m —2+ (m? — 1)i véi m € R. Goi (C) 1a tap hop cac diém biéu dién
s6 phiic z trong mit phang toa do. Tinh dién tich hinh phéng gidi han béi (C) va Oz.
4 32 8
@1 : © 2 © S
3 3 3
Cau 104. Cho hai s6 phtic 21, 23 khac 0 thdéa man 27 — 2120+ 25 = 0. Goi A, B lan lugt 1a céc diém

biéu dién clia 2, zo. Tam gidc OAB c6 dien tich bing v/3. Tinh modun cta sb phtc z; + 2.

(A) 2v/3. V3. © 2. (D) 4.

) . N . 1
Cau 105. Goi M va m la gia tri 16n nhat va gia tri nhé nhat ctia phan thic s6 phitc w = 23 + =
z
trong d6 |z| = 1. Tinh P = M? + m??
@) 10. B) 5. (©) 29. D) 8.
Cau 106. Cho |2z + 1 — 3i| = v/2. Tim gia tri 16n nhat ctia P = |z — 1| +3.]z + 1 — 2i[?
A) 4v2. 44/3. (©) 2v2. (D) 4.
Cau 107. Tinh module ctia s6 phitc z = 1 + 2i + 342 + 44% + ... 4+ 2017.32916.
(A) |2] = v/2036164. 2| = v2030113.  (C) |2| = v2034145. (D) |2| = v/2032130.
. 21+ 29+ 23 = 0 ) )
Cau 108. Cho 3 s0 phiic z1; 2o; 23 théa OR TinhA = |z1 + 22| +|22 + 23]+

|21] = |22 = |23] =

) 3
|25 + 21|

2v/2 8 8V/3
Cau 109. Cho s6 phiic|2®" — 1| = 1. Goi P = |z| . Tinh A = 2017. (max P) —2017. (min P).
(A) A =2017. *V/2. A=2017."V3.  (©)A=2017."V2. (D) A=2017.
Cau 110. Xét s6 phiic z théa 2|z — 1| + 3|z — i| < 2v/2 . Ménh dé nao dudi day ding?

3 1 1 3
@§<|z|<2. B) |2| > 2. ©|z|<§. @§<|Z|<§.
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Cau 111. Tim gia tri 16n nhat cia P = |2 — z|+|2? 4+ 2 + 1| v6i 2 1a s6 phiic thoa méan |z| = 1.
13 9 13 11
@maxP:Z. maXP:Z. @maXP:?. @maXP:?.

Cau 112. C6 bao nhiéu gia tri cia m dé ton tai duy nhat s6 phiic 2z théa man 2.2 = 1 va
’Z —V3+ 2’ =m.

@A o. B 1. (© 2. D) 3.
Cau 113. Cho hai s6 phiic 21, 23 thoa man 21 + 25 = 8+ 6i VA |21 — 23| = 2. Tim gid tri 16n nhat
cia P = |z1] + |2o].

A) P = 4/6. (B) P = 2V/26. (© P=5+3V5. (D) P =32+ 3V2.

Cau 114. Cho sb phiic z ¢6 |z| = 1. Tim gia tri nhé nhat ctia biéu thic:

P =1008[1+ 2| + |14 2°| + [T+ 2% + ... + [1 + 27|

(A) 4032. (B) 2016. (©) 2018. (D) 1008.

Cau 115. Goi S la tap hop tat ca cac gia tri thue clia tham s6 m dé ton tai duy nhét sé phic z
thda man 2.7 = 1 va |z — 3 — 4i| = m. Tinh tong cac phan tit thuoc S.

(A) 10. (B) 42. (C) 52. (D) 40.
Z 4 Z 2
Cau 116. Cho biét |z + —| = 2. Tim gia tri 16n nhét ctia biéu thic P = |z|> + |2 + 17
z

(A) 8 — 3v/5. B) 6 + V5. (©) 6 — V5. (D) 8 +3V/5.
Cau 117. Cho |z — 4 — 3i| = /5. Goi M va m la gia tri 16n nhat vi nhd nhat ctia |z + 1 — 37| +
|z — 1+14|]. Tinh P = M? + m??

(A) P = 240. (B) P = 250. (©) P = 210. (D) P = 320.

(1414)z
1—1

Cau 118. Cho hai s6 phtic z va w biét ching théa man

+2' =1vaw =iz. Tim gia
tri 16n nhat ctia M = |z — w|.

(A) 3v/3. B 3. (©) 3v2. D) 2v/3.

—1\* )
Cau 119. Goi zq, 29, 23, 24 la nghiém cua phuong trinh (22 ) = 1 . Tinh gia tri cta bieu

Z—1
thite:

P=(z1+1)(254+1)(25+1) (s +1).

19 17
@A 1. B) —. > (D) 2.
Cau 120. Cho khéi t¢ dien déu ABC'D canh a. Goi E 1a diém déi xiing ctia A qua D. Mat phang
qua C'E va vuong géc véi mat phang (ABD) cat canh AB tai diém F. Tinh thé tich V ctia khoi
ti dien AECF.

_V
AV = 0

_ V2d? _V2d
©v= 40 DV= 15

_Vad
BV = o

Hoc thi truc tuyén hoan toan mién phi tai www.estudy.edu.vn 16



Facebook "Tri Tuyén Luc" DT: 0972.17.77.17

Cau 121. Cho hinh chép S.ABC ¢6 SA =z, BC =y, AB = AC = SB = SC = 1. Khi thé tich
khéi chép S.ABC 16n nhat thi tg)ng T + y bang: A

(&) V3. 7 © N (D) 4v/3.
Cau 122. Cho tam dién vuong OABC c6 ban kinh mét cau ngoai tiép va nai tiép lan lugt 1a R
var. Khi d6 t§ 56 2° dat gia tri nho nhat 1a +2\/E. Tih P = a + b?

A 6. ' B) 27. (©) 30. (D) 60.

Cau 123. Trong khong gian v6i hé toa do Oxyz, cho mat phing (P) : o + 2y + 2 — 4 = 0.

C6 tat ca bao nhiéu mit cau c¢6 tam nim trén mat phing (P) va tiép xtc véi ba truc toa do
2'Ox,y' Oy, 2’027

A s. B) 4. (©) 3. D) 1.
Cau 124. Trong khong gian v6i he toa do Ozyz, cho mit cau (S) : 22 +y*+22—2r—2y—22 =0
va diém A (2; 2; 0). Viét phuong trinh mat phang (OAB), biét ring diém B thudc mat cau (S),
c6 hoanh do duong va tam giac OAB déu.

@x—y—Zz:O. x—y—z:(). @x—erz:O. @x—y+22=0.

Cau 125. Trong khong gian véi hé toa do Ozyz, cho cac diém A (a;0;0), B (0;b;¢c),C (0;0;c)

N £ . 3v10 .
v6i a > 4,b > 5,¢ > 6 va mit cau ngoai tiep ti dien OABC ¢6 ban kinh bang —5 Khi tong

OA+ OB + OC dat gia tri nhé nhat thi gia tri P = a + 2b + 3¢ bang:
(A) 45. B) 35. (©) 38. (D) 42.

Cau 126. Cho mit cau (S) : (x +1)° + (y — 4)° + 22 = 8 va cac diém A (3;0;0), B (4;2;1). Goi
M la mot diém bat ky thuoe mat cau (S). Tim gia tri nhé nhat ciia biéu thitc MA + 2.M B?

A) 4v2. 6v/2. (©) 2v2. (D) 3v2.
Cau 127. Trong khong gian v6i hé truc toa do Oxyz cho S (0;0;1), M (m;0;0), N (0;n;0) vé6i
m,n >0vam+n=1 (SMN) luon tiép xtc véi 1 mat cau c¢d dinh ¢6 ban kinh 1a bao nhieu
biét mat cau do di qua M (1;1;1).

Aa) V2. B) 2. © 1 (D) V3.
Cau 128. Trong khong gian véi hé truc toa do Ozyz, cho (P) 1a mit phang di qua M (1;4;9) va
cat cac tia Oz, Oy, Oz tai A, B,C sao cho OA + OB + OC' dat gia tri nh6 nhat. Khi d6 (P) di
qua diém nao trong cac dap an sau?

(A) (12;0;0). (0;6;0). (©) (0;12;0). (D) (0;0;6).

Cau 129. Trong khong gian v6i hé truc toa do Ozyz, cho H (a; b; ¢) trong d6 ab + be + ca = —1.
Mit phiang (o) qua H va cat Oz, Oy, Oz tai A, B, C sao cho H la tryc tam AABC. Mit cau tam
O tiép xtc () c¢6 ban kinh nhé nhat 1a?

@A 1. B) 2. © V2. (D) V3.
Cau 130. Trong khong gian v6i hé toa do Oxyz, cho ba diém A (1;2; —1), M (2;4;1), N (1;5;3).
Tim toa do diem C nim trén mat phang (P) : z + 2 — 27 = 0 sao cho ton tai cac diem B, D tuong
tng thuoc cac tia AM, AN dé tit giac ABC'D 1a hinh thoi.

Hoc thi truc tuyén hoan toan mién phi tai www.estudy.edu.vn 17



Facebook "Tri Tuyén Luc" DT: 0972.17.77.17

(A) C (6;—17;21). C (20;15; 7). (©) C (6;21;21). (D) C (18; ~7;9).
Cau 131. Trong khong gian v6i hé truc toa do Oxyz cho mit phang (P) : o +y—2—3 = 0 va toa
do hai diém A (1;1;1), B (—3; —3; —3). Mit cau (S) di qua hai diém A, B va tiép xtc véi (P) tai

diém C'. Biét ring C luon thudc mot dudng tron c6 dinh. Tinh ban kinh ctia dudng tron d6?
2v/33 2411
@ R=14 ®r- 2% ©nr-21 ©) k-6
Cau 132. Trong khong gian toa do Ozyz cho mat phang (P) : 2mx + (m? + 1)y + (m? — 1) 2 —
10 = 0 va diem A (2;11; —5). Biét khi m thay ddi ton tai hai mat cau c¢d dinh tiép xtc véi mat
phéng (P) va di qua A. Tim tong ban kinh hai mat cau do.

A V2. 15v/2. (© 5v2. D) 12v2.

Cau 133. Trong khong gian hé toa do Oxyz, cho phuong trinh cdc mat phang (P) : z—y+2z+1 =
0va (Q):2zx+y+2—1=0.Goi (S) la mat cau c6 tam thuoec Oz dong thdi cat mat phang (P)
theo giao tuyén la mot dudng tron c6 ban kinh bang 2 va cit mat phang (Q) theo giao tuyén la
mot dudng tron c¢6 ban kinh bang r. Xac dinh r sao cho chi ton tai duy nhat mot mat cau thoa
man dieu kién da cho.

10 3vV2 14

® -0 ®r -2 ©r =i ©r- Y
Cau 134. Trong khong gian véi he truc toa do Oxyz goi A la dudng thang di qua diém A (2, 1,0),
song song v4i mat phang (P) : z—y—z = 0 va c6 tong khoang cach tit cac diem M (0,2,0), N (4,0,0)
t6i duong thing do dat gia tri nhé nhat? Vector chi phuong ctia A 1a?

(A) ux = (1,0,1). B) ux = (2,1,1). (©) ux = (3,2,1). D) ux = (0,1, —1).
Cau 135. Ba tia Oz, Oy, Oz doi mot vuong goc. Goi Cla diém c¢b dinh trén Oz, dit OC = 1 hai
diém A, B thay doi tréen Ox, Oysao cho OA + OB = OC'. Tim gié tri nhé nhat ctia ban kinh mat
cau ngoai tiép ti dien O.ABC?

6 6 6

@ By ©Y © o
Cau 136. Trong khong gian véi hé toa do Ozyz, cho mat phang (P) : v — 2y + 2z — 3 = 0 va hai
diém A (1;2;3), B (3;4;5). Goi M 1a mot diém di dong trén (P). Gia tri 16n nhat ctia biéu thitc
MA+2V3 .

W bang:

A v2. 3/3 4+ V/T8. (©) V54 + 6V/78. (D) 3v/3.

Cau 137. Trong khong gian v6i hé truc toa do Oxzyz, cho diem M (3;4;5). Goi (P) 1a mit phang
qua M sao cho (P) cit cac truc toa do tai cac diém A, B, C sao cho khoang cach tit goc toa do
t6i (P) 1a 16n nhat. Thé tich khdi tit dien OABC 1a7?

6250 3125 24 144
ER ® =5 5 5
, 1 1 1
Cau 138. Cho mit phang (P,p.) @ bex + cay + abz — abe = 0 v6i a,b,¢ > 0 va — + i + - =3.
a c

Goi M (z9, Yo, 20) 1 diém c¢6 dinh ctia mat phang (P, ) khi a, b, ¢ thay ddi. Tinh gid tri ctia biéu
thic E = 2o + yo + 207

A E=1. B) E =3. @E:%. @E:%.
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Cau 139. Trong khong gian v6i hé truc toa do Ozyz, cho bén dudng thing cé phuong trinh

N r—1 y—2 z T —2 y—2 z T Y z—1
lan lugt la d; : = = —, dy : = = — ds : = =2 =
e e T 2 —2 T 1 B9 T 1
r—2 y z-1
d42 = — = .
2 2 —1

Biét ring duong thing A c6 vector chi phuong o (2;a;b) cit cd bon duong thing da cho. Gia tri
ctia biéu thiic 2a 4 3b bing:

(A 5. B 1. @—g. @—%.
Cau 140. Trong khong gian v6i hé truc toa do Oxyz cho A(1,0,1),B(-3,4,—1),C (2,2,3).
Dudng thing d di qua A, cit cdc mit cau dudng kinh AB va AC lan lugt tai cac diem M, N
khong trung v6i A sao cho duong gap khic BMNC c¢6 do dai 16n nhat c6 vector chi phuong
1a?

(A) @ =(1,0,2). B) ¥ = (1,0,1). © @ = (1,0,-1). D) @ = (2,0,—1).

Cau 141. Trong khong gian véi hé truc toa do Ozyz goi d 1a dudng thang di qua diém A (1,0, 0)
c6 hinh chiéu trén mit phang (P) : v — 2y — 2z + 8 = 0 la d’. Gia sit gia tri 16n nhat va nhé nhat
khoang cach tit diem M (2, -3, —1) t6i d’ 14 a va B. Tinh gié tri cia T = o + 3?

@ Va2 ® L ©L ORG

z=0
Cau 142. Trong khong gian véi hé truc toa do Ozyz, cho duong thang d : { y =1t va A(0;4;0).
z=1

Goi M la diém cach déu d va truc 2'Oz. Khodng cach ngin nhat giita A va M bing:

® . 33, © VG ® e
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3. Dap an

1D 16D 31D 46B 62D 77D 92D 107C 122C 137 B
2D 1TA 32A 47C 63B 78A 93 A 108C 123 C 138 A
3B 18B 33 A 48A 64B T7T9A 94A 109C 124 C 139 B
4A 19B 34C 50D 65C 8D 95A 110D 125B 14 B
5D 20C 35A 51A 66C 81C 96A 111 A 126D 1, p
6B 21C 3D 52B 67B 8A 97C 112C 1271C .,
7D 22A 37TB 53A 68C 8 A 98B 113B 128 C

8A 23A 38C 54B 69A 8D 99D 114B 129 C

9B 24B 39A 5D 70C 8 A 100B 115 A 130 C

10D 25C 40B 56A 71A 8 A 101B 116 D 131D

11A 26A 41B 57D 72A 8B 102C 117 A 132D

12A 27TB 42A 58B 73C 8D 103B 118 C 133 B

13B 28B 43A 59C 74D 8D 104A 119 C 134 A

14 D 29 D 44 C 60 B 75 A 90 A 105 D 120 D 135 A

15 A 30 A 45 D 61 A 76 A 91 A 106 A 121 C 136 C
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Chuong 2
Huéng dan giai chi tiét

Caul. Com+12 f(x)VeeRem+1 >m]§axf(x).
3sin 2x + cos 2z 3sin 2x + cos 2z

sin 2z + 4cos?x + 1 - sin2x + 2 cos2x + 3
3sin 2x + cos 2x

sin 2x + 2 cos 2z + 3
(y —3)sin 2z + (2y — 1) cos 2z = —3y.

Ta c6: y = f(x) = va sin 2z +2cos2x+3 > 0 Ve € R.

Xét phuong trinh y = & (sin2z + 2cos2x + 3)y = 3sin2zx + cos2x &

Phuong trinh trén ¢6 nghiem nén (y —3)° + (2y — 1)* > (=3y)* < 5y — 10y + 10 > 9® <

—5—\/@< —5+ 465

-5+ 165 .
42 —10y+10 >0 & — SV < % Suy ra gia tri l6n nhat cia y la 1
-5 65 -9 65
Vo s YO0 VE

Ta chon dap an @

Cau 2. Hai tap bang nhau thi c6 sin « + sin 2a + sin 3o = cos a + cos 2« + cos 3o

2
cosa:—1 Oé:ﬂ:—w+/<:27r

& (2cosa+ 1)sin2a = (2cosa + 1) cos 2a < 2 & -

tan2a =1 o= —
8 2

2r 4 om 9w 13
Do « € [0;27] nén o = —W; —W; z; _ﬁ; _ﬁ; el
or 4 33 8 8 8 8
Véi o = ?ﬂ; % dé thay khong théa man do T toan cac s6 hitu ty trong khi S c¢6 s6 vo ti.
km

Ta lai thay luon ghép duge 3 doi cac cip sinz vacosy 6 S va T ma x+y = 4o nén véi o = %+ -5

thi oz +y = g + k27. Do d6 sinx = cosy. Vay hai tap bang nhau. Do d6 c6 4 s6 o théa man.
Ta chon dap an @

Cau 3. Cong hai vé cia phuong trinh v6i m + 2sinz + In (m + 3sinz), ta dugce

[m +2sinx + In (m + 3sinz)|+1n[m + 2sinz + In (m + 3sinz)] = (m + 3sinz) +1n (m + 3sinz)
).

biat a = m+2sinz +In(m + 3sinx) va b =m + 3sinz)

() @ a+lna=b+Inb< a=>b< m+2sinz+In(m + 3sinz) = m+3sinz < In(m + 3sinz) =

sin x sinx

sinx & m+3sinx = e S m=e — 3sinz.

Xét ham s6 f (t) = et — 3t v6i t € [—1;1].
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i 1
mfi? (esml’ — 3sinx) =f(-1)==+3
Vi f/(t)=e —3<0Vte[-1;1] nen: { W e

1
=e—3<m< —+3.

e
Ta chon dap an

Cau 4. Ta c6 m + sin 3z + sin (m + sin 3x) = sin (3 sinx) + 4sin’®z + sin 3z

& (m +sin3z) + sin (m + sin 3x) = (3sinz) + sin (3sinx)

& f(m+sin3dx) = f(3sinz) véi f(t) =t +sint.

Vi f(t) dong bién trén R nén phuong trinh tuong duong m + sin 3z = 3sinz = m = 4sin®z.
Vay phuong trinh c6 nghiém < m = +4; £3; +2; £1; 0, tic ¢6 9 c6 nguyén m thoa man.

Ta chon dap an @

Cau 5. Taco (cosz + 1) (cos 2z — mcos z) = msin’z
& (cosx + 1) (cos2x —mecosx) +m (cosx + 1) (cosx — 1) =0

& cos2x =m (do cosz+1>0,Vr € {0; g})
2

Phuong trinh m = cos 2z, x € {O; %} ¢6 2 nghiém tuong duong véi phuong trinh m = cost ¢6 2

A
0; —|.

3

. . 1

T duong tron luong giac ta thay ngay dieu kién trén thdéa man & —1 <m < —3
Ta chon dap an @

nghiém thudc

Cau 6. Trén mdi hang (hodc mdi cot) déu phéi c6 2 s6 1 va 2 86 —1.
Dé thay, néu 3 hang dau tien da duge dién sb sao cho tong cac s6 trong mdi hang bing 0 va trong
mdi cot c6 khong qua 2 s6 bang nhau thi ta chi ¢6 1 cach dién hang thit 4. Ta di tim s6 cach dién
3 hang dau tien. Hang thit nhat va hang thit 2,mdi hang c6 6 cach dién s6 ma tong bing 0. Trong
6 cach dién s ctia hang thit 2,ta chia lam 3 loai:
Loai 1: Cach dién s6 hang thit 2 tring véi cach dién s6 6 hang thi nhat 0 vi tri: ¢6 1 cach. Khi
d6 c6 6 cach dién s6 hang thi 3.
Loai 2: Cach dién s6 hang thit 2 trung véi cach dién sé hang thi nhat 4 vi tri: ¢6 1 cach. Khi do6
c6 1 cach dien dong thu 3.
Loai 3: Cach dién s6 hang tht 2 tring véi cach dién s6 hang thtt nhat 2 vi tri: ¢6 4 cach. Khi
d6,véi moi cach dien dong thit 2, ¢6 2 cach dien dong thit 3.
Vay s6 cach dién théa man 1a: 6.1.6 + 6.1.1 + 6.4.2 = 90 cach
Ta chon dap an

n! n!

A S8 4 — _ _ — —4) =
Cau 7. Ta c6 C) = 26C;, < S8 264! (= 1) & (n—T7)(n—-6)(n—>5)(n—4) =
13.14.15.16 &n—7=13 & n = 20.

S6 tap con gom k phan tit ciia A 1a C%) nén k = 10 thi C%, nhé nhat.
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Ta chon dap an @

Cau 8.
Co6 tat ca 27 diém, chon 3 diém trong 27 c6 S
V'] \A

C3, = 2925 bao gom ci tam gidc va nhitng bo 21 //'
3 diém thing hang. N W VIX

© 2 8 \\\ " \\\ I}X.I’
Ct 2 dinh bat ky trong 8 dinh cta hinh lap R AT\ >

e AU St W
phuong 2cm duge mot bo 3 diem thang hang nén /" N F 8
2 z s A
6 C2 = 28 bo théng hang néi céc dinh. I SOER \\
? ! 7 L -

Xét hinh chit nhat ¢6 dinh 1a 4 trung diem cta ';' /'*" s 2{ A
4 canh song song ctia hinh lap phuong 2cm. Cu < | AR

2 dinh bat ky dugc mot bo 3 diém thing hang
qua tam hinh 1ap phuong nén c¢6 C? = 6 bo. C6

3 hinh chit nhat nhu vay nén c¢6 3.6 = 18 bo.
Doan ndi tam cac mat déi dién ctia hinh 1ap phuong ciing cho mot bo, c6 3 doan nhu vay.

Vay c6 tat ca 2925 — 28 — 18 — 3 = 2876 tam gidc thda man bai toan.
Ta chon dap an @

Cau 9. Goi 7,9, z lan lugt 1a s6 sach dugc trao vé 3 truong, ta cé

r+y+z=2>500
100 < z,y, 2

C6 2 +y+2z =500 (x—99)+ (y—99) + (2 — 99) = 203 & o +y + 2/ = 203 () trong do
'y, 2 > 1.

Mat khéc ta biét s6 nghiem nguyen duong ctia () 1a C%y,. Nén s6 cach chia bo x,y, 2z cling bang
Cloa-

Vay c¢6 C3y, céch trao sach théa man yéu cau bai toan.

Ta chon dap an

Cau 10. Gé#n vao he toa do Ozyz, xét mit phang di qua trung diém OA va vuong goc OA véi
9
A3;3;3))la (P):x+y+z— 3 = 0.
Ta thay cac hinh vuéng don vi déu c6 1 dusng chéo vuong goc véi (P). Do d6, mat phang (P) cit
mot hinh lap phuong don vi néu diém (i;5; k) va (i +1;5 + 1;k + 1) nam vé hai phia (P). Vay
S 9
i1+7+k—=-<0 3 9
2 9 S <itj+k< = trong d60<i,j, k<2
ittt ltk+1l=5>0 2 2

=i+j+k>5.

N ©

A 3
Cac ho khong théoa man la i+ j + k < §:>i+j—|—k:§ lhoaci+j+ k>
Phuong trinh i + j + & < 1 ¢6 C§ = 4 nghiém (theo bai toan chia keo).
Phuong trinh ¢ + j +k >5< (3—14)+ (3—j) + (3 — k) <4 < 5. Phuong trinh nay ¢6 C§ = 4
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nghiém.

Vay ¢6 4 + 4 = 8 hinh vuong khong bi cit béi (P), do d6 ¢6 27 — 8 = 19 hinh vuong bi cit bdi
(P).

Ta chon dap an @

Cau 11. Goi s6 do mdi cung chifa 1 canh clia da giac déu 1a 1 don vi (thyc ra béng 27).

Xét 1 tam gidc thoéa méan, véi moéi dinh goi s6 do 3 cung chita 3 canh cia né 1a x,y, 2 thi ta c6
x,Y,z2 =2 2vax+y+z=20.

Dat2' =z - 1,9/ =y—1,2 =z2—1taco 2.y, 2’ >1vax +y + 2 =17.

Theo bai toan Euler ¢6 C%; nghiem ctia phuong trinh. Thuyc hién cho 20 dinh nhung médi tam gidc
duge dém 3 lan tng véi 3 dinh ctia n6 nén s6 tam gidc thda man dé bai 1a %0126 = 800 tam giac.

Ta chon dap an @

Cau 12. Xét moéi tam giac tit théa man c6 dinh goéc tit 1a 1 dinh ctia da giac deu. Goi z,y 1a
canh cliia da gidc nam trong hai cung chita 2 canh bén clia tam giac. Tam gidc nay tu khi va chi
khiz+y < g (%), (z,y = 1) (tic nho6 hon 1/2 dusng tron).
Néu n chén, (x) & r+y+2 = g v6i z,y,z > 1. S6 nghiém ctia phuong trinh nay la C’%_l. Vay
50 tam gidc théa man la n.C%_ ;.
Néu n 1é, ta co z +vy < {g} Srtytz= {g} + 1 v6i x,y,2 > 1 va [x] 1a ky hiéu s6 nguyén 16n
nhat khong vuot qué x.

2

Phuong trinh c¢6 C?,; nghiém. Vay s6 tam giac théa man 1a n.C?, ;.
: [y PBem. VA 0 tam g 8
2 2
n.C%_, véin chin
Vay so tam giac tu thoa man la 5
n.C[ﬂ] véin 1é
2

Ap dung véi n = 2018 ta dugc s6 tam gidc thoa man la 2018C7 .
Ta chon dap an @

Cau 13. Khong gian mau dé thay bang |Q] = 101 x 11 = 1111.

Bai toan trd thanh dém cac nghiém nguyen khong am ctia bat phuong trinh = +y < 90 (*) véi
dieu kien 0 < x < 100 va 0 < y < 10.

+) S6 nghiem khong am ctia (*) khong rang buoc diéu kién (tic 1a tinh ci cac nghiem ma
11 < y < 90) béing s6 nghiem nguyen duong clia 2/ 4y’ < 92. Oday @/ =2+1> 1,9/ =y+1 > 1.
Do d6, s6 nghiém cia n6 1a Cg, nghiem. Chi §: S6 nghiém nguyén khong am ctia bat phuong
trinh 2y + 29 +-- -+ 2 < n la C’,’j.

+) Ta dém s6 nghiem cta (*) théa man 0 < z < 90 va 11 < y < 90. Ta ¢6 (x) & (z+1) +
(y—10) <8l e o' +y <81 vdi 2’ =z +1; ¥y =y — 10 nguyén duong. S6 nghiém ciia phuong

trinh nay la CZ,.
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+) Vay s6 nghiém ctia (*) thoa man rang buoc ban dau 1a C3, — Cz,. Vay xac suat can tinh cla

2 —C2 86
bai todn 1a P — —%2 81 9
al toat fa 1111 101

Ta chon dap an

Cau 14. Khong gian mau c6 kich thude || = C5s.

Xét mot dinh tam gidc can c¢6 1 dinh 1a 1 dinh ctia da gidc déu. Goi z 14 s6 canh ctia da gidc déu
nam trong cung cing bdi hai canh bén (v € Z), canh con lailay > 1, y € Z.
Taco2x+y=15< < Tvar#y=x#5 Vay c¢6 6 tam giac can c6 dinh la dinh ctia da giac

da cho nén c6 tat cad 15 x 6 = 90 tam giadc can khong déu théa man.

90 _ 18

Vay xac suat can tinh la P = s = o1

Ta chon dap an @

Cau 15. Khong gian mau dé tinh dugc || = 7.8.8 = 448.
Céach 1: Xét mot s6 abe thoa man dé baithi 1 <a<b<ec<7T.
batz=a—-1;y=b—a;z2=c—-bjt=T—ctacozx,y,2,t 20, z,y,2,t €EZvaxr+y+z+t==6
(*). Vay s6 nghiém nguyén khong am ctia phuong trinh (*) chinh 1a 86 cc s6 abc théa man dé
bai.

Phuong trinh (*) c6 Cgri_; = C3. Do d6 c6 C3 s6 théa man bién cb xdy ra.

5 £ % N P N c3 3
_ Gy _
Vay xéac suat can tinh la P = 48 16

Cach 2: C61<a<b<eg<7T&1l<a<b+1l<e+2<K0.

Dat v =b+1; ¢ =c+2thia,V,c 1a 3 s6 phan bigt trong 1,2, ...,9. Do d6 c¢6 C§ cach chon bo
a, b, d tuong duong v6i bay nhiéu cach chon bo a, b, c.

Vay xdc suat can tinh la P = G _ 3

448 ~ 16°
Ta chon dap an @

Cau 16. Goi (O) la duong tron ngoai tiép da giac déu 20 dinh va goi s6.

Xét 1 tam gidc vuong tai mot dinh ctia da gidc, goi m, n 1a s6 canh ctia da gidc nam trong cung
cang boi hai canh bén cia tam giac, ta ¢c6 m +n =10 (*) v6i n,m > 1, m,n € Z.

Do d6 s6 tam gidc vuong tao thanh tit 1 dinh la C§ = 9 trong d6 ¢6 1 tam giac vuong can khi
m =n =5 nén c6 8 tam gidc vudng khong can tt 1 dinh.

Vay c6 tat cd 20 x 8 = 160 tam giac vuong khong can théa man.

160 __ 8

Vay xac suat can tinh la P = o3 = 5

Ta chon dap an @

Cau 17. Xét mot hinh thang théa man ma dinh dau tién chita ddy nho 1a A;, cac dinh tiép theo

theo thit ty thuan chiéu kim dong ho. Goi z, ¥, ¥, z 1an lugt 1a s6 canh cia da giac déu nam trong
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cac cung chita day nhoé, hai canh bén va day 16n cua hinh thang, ta co:

1<2,y,2€Z
<z

r+2y+z=mn (%)

Ta ¢6 phuong trinh (*) tuong duong v6i © + z = n — 2y (**) v6i méi y théa mén 1 < y < 5=
Theo bai toan chia keo Euler, phuong trinh (**) ¢6 n — 2y — 1 nghiém nguyén duong. Bay gio ta

dém céac nghiem nguyen duong ciia (**) ma z < 2.

e Néu n 1& thi (**) khong c6 nghiem z = z nén s6 nghiém théa man z < z 1a %

e Néu n chin thi (**) c6 ding 1 nghiém z = z nén s6 nghiém théa man r < z 1a ”—22L2

Vay s6 nghiém ctia (*) thoa man cac rang buoc da cho 1a

n—3

n—2y—1

1
5 g(n—l)(n—?))véinlé

y=1

in—Qy 2 ;(n—Q)(n—él)V(’jinchén

V6i mdi bo s6 x,y, 2 théa man (*) xuat phat tir 1 dinh da giac 1a dinh dau tién clia ddy nho hinh
thang (ting v6i canh z) theo chi¢u thuan kim dong ho ta c6 1 hinh thang thda man. Vay tong s6
hinh thang théa man la

%n(n— 1) (n—3) véinlé

1 L .

3" (n —2)(n —4) v6i n chin
Ap dung: V6i n = 20 tic da gide déu 20 canh, sé hinh thang khong phéi hinh chi nhat tao thanh
tir céc dinh ctia da gide 1a: £.20.18.16 = 720.
Ta chon dap an @

1<a; €9;0<ag,a3,...,a7 <9

CL1+CL2‘|—"'—|—CL7:59(1)

Vay s6 phan t1t ctia khong gian mau 1a s6 nghiém cia (1).

Cau 18. Goi ajaz...a7 1a s6 théa man deé bai véi

Ta c6 (1) & (10 — a1) + (10 — as) + - + (10 — az) = 11 hay 1 + 2 + - - - + 27 = 11 (*) trong d6
x;=10—a; = 1< 21 <9val < xg,z3,...,27 < 10. Do cac z; trong nghiém cia (*) khong vugt
qua 10 nén s6 nghiém cia (*) 1a C%,. Vay |Q] =

C6 ayag...a;y chi hét cho 11 nen |(a; + a3 + a5 + a7) — (ag + a4 + ag)| = 11;22; 33; .... Két hop véi
(1) ta dudc ag + as + ag = 24 (2) va a; + ag + as + a; = 35 (3). Phuong trinh (2) tuong duong
(10 — ag) + (10 — a4) + (10 — ag) = 6 nén tuong tu (1) c6 s6 nghiem la C2.

Phuong trinh (3) tuong duong (10 — ay) + (10 — a3) + (10 — as) + (10 — a7) = 5 nén tuong tu (1)
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6 s6 nghiem la C3.

Vay sb cac s6 c6 7 chit s6 c6 tong 1a 59 va chia hét cho 11 1a = C2.C3.
oz £ 5 ‘£ 42 N N cz2.c3
Do d6 xédc suat ctia bién ¢6 can tim la P(A) = =54 = &
10

Ta chon dap an

Cau 19. Goiso théa man c6 dang @yas...a; thda man de bai, ta co a; +as+as+ag+as = 9; 18; 27.
Truong hop 1: a3 +as+az+ a4 +as =9véi 1 < a3 <6; 0<a; <6 (1 =2,..,5). Dat
a; + xo + x5+ x4+ 25 = 13 (1)
ri=a;+1,2=2,...,5thitaco 1<a; <6
1<2; <7
- S6 nghiém nguyéen duong bat ky ctia (1) 1a C1,.
-Néuay =7, (1) & w9+ 23+ 14+ 25 < 6 = 2; < 7 nén khong trung véi cac truong hop z; > 8,
phuong trinh nay c6 C§ nghiém.
-Néuw; =8, (1) & ay + ; xrj <5 = aj,r; < 6 nén khong trung véi truong hgp trén. Phuong
iFi

trinh nay c6 C2 nghiem nén véi 4 vi tri z; c6 4.C2 nghiem.

Vay truong hop nay c6 |Cy, — C¢ — 4.C3 | s6 théa man dé bai.

Trudng hop 2: a1 +ay + a3+ a4 +a5 = 18 v6i 1 < a3 <6; 0 < a; <6 (i =2,..,5). Dit
1+ X9 + 3+ x4 + x5 = 17 (2)
ri=T—a;,i=1,...,5thitaco ¢ 1<z, <6
1<z <T,i=2,.,5
- S6 nghiém nguyéen duong bat ky ctia (2) 1a Cfy.
-Néuwz; > 7, (1) & 29+ a3+ 14 + 75 < 10 = 2; < 7 nén khong trung véi cac truong hop z; > 8,
phuong trinh nay c6 Cf, nghiem.
-Néuw; >8,i=2,..,5 (1) &z, + ;jx] < 9 = z; < 7 nén khong trung véi truong hgp trén.
i

Phuong trinh nay c¢6 C§ nghiém nén v6i 4 vi tri z; ¢6 4.C¢ nghiem.

Vay truong hop nay c6 |Cfs — Ciy — 4.Cy | s6 théa man dé bai.

Trudng hop 3: a1 +as+ag+ag+a5; =27v6i 1 < a3 <6, 0<a; <6 (i =2,..5). Dit
T1+ 2o+ 3+ x4 + 25 =8 (3)
=T7—a;,1=1,2..,5thitacoq 1 <2, <6
1<2 <T,i=2,.,5
Tu (2) va x; > 1 = 2; < 6 nén tap nghiém cia (3) khong vugt ra khoi mién xac dinh cia ;.

Phuong trinh nay c¢6 C7 nghiém.

Vay trudng hop nay c6 |C7 | s6 thda man dé bai.
Vay ¢6 tit ca |Chy + Cls + CF — Cg — Oty — 405 — 4C3 | = 1601 s6 théa man dé bai.

Ta chon dap an

1 20 1 10
Cau 20. Ta co: (:c — —> + <:c3 — —> Z )F 203k +ZC’10 )'2z30~% Khai trién
T

2
x =0

nay bao gom tat ca 21 + 11 = 32 s6 hang.
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Ta dém cac s6 hang c6 liy thita clia « gidng nhau & hai khai trién. Diéu nay tuong duong véi
20 — 3k = 30 — 41 & 44 — 3k = 10. Do d6 i phai 1a s6 chia cho 3 du 1 va 2 < ¢ < 10. Ta c¢6 bang:

Vay c6 3 cip s6 hang ciing lity thita clia z trong hai khai trién nén cé tat cd 32 — 3 = 29 s6 hang

v | 4710

E|2]6]|10

trong khai trién sau khi rat gon.

Ta chon dap an @

Cau 21. Diat z — 1 = y, khi dé ding thiic bai cho tuong duong
Ay + an Yy ot aytag=(y+1)"

Do d6, a;, = C*.

Vay a1 +as + a3 =231 & Cl + C? + C3 = 231 = n = 11.

Ta chon dap an @

Cau 22. Theo cong thiic khai trién Newton ta thay ai > 0 v6i i chn va a; < 0 véi i 1é.

Do d6 ta c6: (1 +2z)" = |ao| + |a1|z + |az| 2% + ... + |a,| 2™.

Lay dao ham hai vé ta dugc: 2n(1 + 22)" " = |ay| + 2|as| z + ... + n|a,| 2" .

Thay = = 1 vao khai trién trén ta dugce: 2n.3""! = |ay| + 2 |ag| + ... + n|a,| = 34992 =
Vay v6i n = 8 ta ¢6: P = ag + 3a; + 9as + ... + 3"a, = (1 — 2.3)8 = 390625.

Ta chon dap an @

Cau 23. Cach 1: Sit dung cong thiic khai trién nhi thiic Newton vao bai toan ta cé:
(I+z)" =Y Cka".
k=0
Hé s6 clia s6 hang chita ¥ 1a C’,’j.
Ap dung vao bai tap ta thiy he sb ag chinh la téng tit ca he sb cia sb hang chia 28 trong cac
khai trien (1 + x)" v6i n = 8,9, ..., 12.
Vay hé s6 ag trong khai trién P(x) 1a C§ + C§ + C%, + C8, + C%, = C; = 715.

Céach 2: Ap dung cong thitc téng hitu han cac s6 hang lien tiép ctia cAp sé nhan, ta co:

Plz) = <$+1)8.(2111)_—11 _a +:C:c) e Z:c)

Vay, he s6 ctia 2® 1a hée s6 ctia 22 trong (1 + z)'3.
Do do6, hé s6 ctia 2% 1a C};.

Ta chon dap an @
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k

Cau 24. Ap dung cong thic = CF ta co

Pt
G G G, G L (G G G, . Gl
23 34 m+1)(n+2) n+1 2 3 4 T (n+2)
1 n—+2
:(n+1)(n+2)<02+2+0+2+0+2+ -+ C3)
22— —3
S (n+1)(n+2)
. 2n+2_ _ 2100_ o
Khi d6 gia thiét bai todn < n=s o nT3 o —os

m+1)(n+2) (nm+1)(n+2)
Ta chon dap an
Cau 25. Goi 1 phan tit ciia S 1a (a,b,¢) v6i a + b+ c =91 (*) va doi mot khac nhau.
S6 nghiéem nguyéen duong bat ky cta (x) la: Cg,.
Néu a = b = c thi (%) vo nghiem.
Néua =b+# ctaco2a+c=91= 1< a<45nén phuong trinh c6 45 nghiém nguyén duong nhu
vay. Tuong tu véia=c#bvaa #b=c.
Vay s6 nghiém nguyén duong va cac sb a, b, ¢ doi mot khac nhau cta () la CZ, — 3 x 45 = 3870.
Do d6, s6 tap con c¢6 bo (a,b, c) thoa man (x) 1a 3870 = 645. Vay n(§2) = 645.
Néu a+qga+qa®> =91 = 1+q+¢* €U(91) = {1'7 13;91} = q € {2;3;9}
= (a;b;¢) € (1;9;81); (7;21;63) ; (13; 26;52). Vay || = 3. Do d6 P = ——
Ta chon dap an @

645

Cau 26. Taco: f(n)=n>+n+1)°"+1=(n2+1) (n+1 +1) Vn € N*.

Dén day ta dé dang co6: u, = F+DE+HE+1) (A +1). ((2” - 1)2 + 1) ((Qn)2 + 1) =
Y g CO: Up (224 1)(32+1) (42 +1) (52 +1).. ((271)2 + 1) <<2n I 1)2 I 1)

1

on2+2n+1"
Ta c6: 1 +u, < 10239 1 1+1:> <1:>>23

a cO: logou, +u, < ——— = lo — — )

&2 1024 527024 " 1024 1024

Ta chon dap an

. , _ 3 B 3 B 3 ~ .
Cau 27. Ta co: b 41 =1+ A ; ...0%7% =1+ —. Nhan ve

3n—1 3n—4

—~

3n+2)
3n—1)

. 3 3 3\ 8.11.14..(3n —1)
6i vé ta duge: 5o — (1 1 (142 =
VoL ve ta quee ( +3n—1>< +3n—4) ( +5) 5.8.11.... (30 — 4)

3n + 2

~—~

. Khi d6 ta c6 cong thiic tong quat a, = logs (3n + 2).
5 — 2

Dén day dung 3n +2 = 5% & n = va st dung may tinh cam tay chitc naing TABLE vdi

F(X) = gl . Ta tim dugc X = 3 — n = 41 13 nhiing s6 nguyén duong nhé nhat théa man

bai toan.

Ta chon dap an

Cau 28. Trudc hét ta thay u,, = ! u? + 2017un va u; > 1 nén limu, = 400 dya trén ham
] 9017 2018 2018

fla) = o= +

— .
2018 2018
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s 2 Un, Unp4+1 — Un
Ta lai ¢6: 2018 (tyq — ) = Uy, (ty, — 1 -
a lai c6 (Unt1 — Upn) = Up (u ):>2018 p—
- Un, _ Unp4+1 — Un = Un, _ Up41 — Un
2018 (upy1 — 1) (up — 1) (upy1 — 1) 2018 (upy1 — 1) (up — 1) (upy1 — 1)
" 1 1
= 9018 < - )
Upi1 — Uy — 1 Upyp — 1
1 1 1
Vay: S, = 2018 ( — ) = lim S,, = 2018 ( — = ) = lim S,, = 2018.
up — 1 upp —1 2—1 limu, —1

Ta chon dap an

Cau 29. Ta co:
up —up~p =2t 42371

n—1 n—2 _ on—2 n—2

Ut =2+ (14+2+224+ . 42" H+2(1+34+32+...+3"71).

ui —uj =2+2.3

Vay: uy = 2" + 3™

Co ulr — 2™ > 5% & 37 > 5100 = p > 100logyb = n > 147.
Ta chon dap an @

Cau 30. Nhan xét: Dy truy hoi u,1 = a.u, + 8 ¢6 86 hang tong quét dang u, = a.3"~' +b.
Ta co uiﬂ = 3-“3 192 = u% —a.3"1 ).
Vi uy = /5 = ta c6 hé phuong trinh

5=3a+0b a=2

= .

l=a+b b= —1
Vay uy = %.3n —1=23"1-1.
Khi d6 S = 2(1 + 3" + 32 4 ... 4 32017) = 32018 _
S6 chit s6 ctia S = [20181og 3] + 1 = 963.
Ta chon dap an @

Cau 31. Ta c6: uigg + w1 = 497 = w190 = 496 =1 + 99d = = usg = 246.

L Uy — U U3 — U Ugg — U Usy — U 1 1 1 49
LaICOZ5SI 2 1+ 3 2+_'_ 49 48_'_ 50 49:___: I i
U1Ug U2U3 Ug8U49 U49U5s0 (751 Us0o 246 246

Ta chon dap an @

Cau 32. Taxét x =0 ta duge f2(1) = —f3(1) = f(1) = Ohosc f (1) = —1.

Dao ham hai vé dang thitc ban dau ta c6 ¢

4f (1+2z) f'(1+2x) = 1+3f2(1—x2)f (1—=x) va thay = = 0 ta c6 4f (1) f'(1) = 1 +
372(1) £ (1). ()

Truong hop 1: Néu f (1) = 0 thay vao (*) ta thay 0 =1 vo ly.

Truong hop 2: Néu f (1) = —1 thi thay vao —4f' (1) =1+3f (1) = f'(1) = —;
Vay phuong trinh tiép tuyén can tim la: y = —% (x—1)—1= —%x — g
Ta chon dap an @
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Cau 33. Ta c6 phuong trinh hoanh do giao diém ctia tiép tuyén tai A va (O) la:
2x% — 3x3 + 1 = 2x° — 3x2 4+ 1 + (6% — 6x3) (. — 24) & (2 —23)° (2x+4x, —3) = 0 & =

3

r = 1
Vay 3 =1, =a(-2)"+0.

Tnt+1 = _2Xn + 5
1
1’1:—2(X+521 o= —— ., 1 1
Xét 1= 14 Do do, tim n dé z,, = _Z'(_Z)nJré > 519 Chonn = 2k+1
—4 - = _ 1
T a+f 5 3 .
1 1
= — 4 (-2) +5>50 e 4 +1> 25 54> 25 1 & k> log, (25 - 1) .

Chon k£ = 117 = n = 235.
Ta chon dap an @

Cau 34. Cach 1 (trac nghiem): Vi bai toan hoéi bat bién déi v6i O nén chon O la trong tam ciia
tam giac ABC ta thay ngay cac ti s6

OA" OB _0oC" 1

SA SB sC 3

Vay T' = 1.

. o\ . 0OA  OM OB ON
Cach 2 (ty luan): Ta c6 A= 04 5B - OB
oc' _or

SC  0C’

Theo dinh ly Xé-Va trong tam giac ABC ¢6

OM  ON  OP _
OA " OB 0C

1

Vay T = 1.

Ta chon dap an @

Cau 35.
Dung AEL (BCD) = CDL(ADE) = CD1ED. Tuong
tu ciing ¢c6 CBLBE. Vay BCDE la hinh chit nhat. Khi
d6 £ (AD,BC) = £LADFE = 60° khi do6 ta suy ra AF =
3v/3 = Vapep = 6v/3.
Mat khac ta c¢6 cong thic:

2Sapc.Sacpsin ((ABC) , (ACD))
Vapep = SAC ().
bat £ ((ABC),(ACD)) = « va theo dinh 1y Pythago ta
suy ra AB = v/43; AD = 6; AC = 21/13.
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Thay vao (*), ta co:

2

1 2v/43
63 = —— (?3\/@) (12)sina = cosa = Vi3

6v'13 43
Ta chon dap an
Cau 36. Goi f(x) = €” ! ! ! 2018 thi tap xac dinh cua f(x) 1a
au 36. Goi f(z) =e¢ 1 2-35 " 7_203 i tap xac dinh cta f(z) la

(—o0;1) U (1;2) U--- U (2018; +00) gom 2019 khoéng.
1
Co f'(x) = e + 5 + 5+ ...+

(z —1)

khoang xac dinh.

5 > 0 do d6 ham s6 dong bién trén mdi

(x —2) (z — 2018)

Mat khac, 1_1>1i1 f(z) = £oo va lim = Foo nén trong mdi khoang xac dinh ctia ham s6 f(x) c6
x S8 m%xi

1 nghiém duy nhat.
Vay phuong trinh da cho ¢6 2019 nghiém phan biét.
Ta chon dap an @

Cau 37. Giast f(a) < f(b) < f(c¢). C6 [rillagjf (x) = m + 20; [IPfI?}]g (x) =m.

f(a), f(b), f(c) 1a do dai 3 canh ctia 1 tam gidc < f(a) > |f(b) — f(c)| Va,b,c € [—1;3] (1).

Mat khac [Iilllgl] fla) = m, [I’Ella?)j‘f(b) — f(c)| = |m +20 — m| = 20 va dang thic xdy ra khi
f(a) = f(b) = m, f(c) = m + 20 hay a = b. Nhung trong (1) c6 a # b nén ding thic & cac
min; max xay ra nhung (1) khong xay ra, do dé (1) < m > 20.

Tam gidc nay nhon < f2(a) + f2(b) > f2(c) (2) Va,b,c € [—1;3] = m? + m? > (m + 20)*(3).
Déng thiic ¢ (3) x4y ra khi f(a) = f(b) = m; f(c) = m + 20 = a = b, nhung trong (2) c¢6 a # b
nén (2) khong x4y ra dang thitc. Vay dang thitc & (3) thda man (2).

C6 (3) & m > 20 + 20v/2 ~ 48,28 (do m > 20).

Vay m > 49, do d6 49 < m < 2018, m € Z c6 1969 s6 nguyen thoa man.

Ta chon dap an

Cau 38. Ham s6 y = |z° — (2m + 1) 2% + 3m |z| — 5 ¢6 ba diém cye tri khi va chi khi ham s6
y =2 — (2m+1)2®> + 3mx — 5 ¢6 1 cyc tri duong, cyc tri con lai khong duong. Vay phuong
trinh 322 —2(2m + 1)x + 3m = 0 (x) c6 1 nghiem bang bang 0, nghiém con lai duong hodc c6
hai nghiém trai dau.

Trudng hop 1: (*) ¢6 1 nghiem bang 0 < m = 0, khi d6 nghiém con lai bing ; >0nénm=0
théa man yéu cau deé bai.

Trudng hop 2: (*) ¢6 2 nghiém trai dau < ac < 0 < m < 0.

Vay tap hop tat ca cac gia tri cia m thdéa man yéu cau bai toan 1a (—oo; 0].

Ta chon dap an @

Cau 39. Ta c6 ¢'(z) = f'(z) — (xr — 1)? do d6 nghiém clia phuong trinh ¢'(x) = 0 1a hoanh do
giao diém ctia hai do thiy = f'(z) vay = (v — 1)2.
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C6 ¢'(x) > 0 khi do thi y = f'(z) ndm trén y = (v —1)? va
g (z) < 0 khi d6 thi y = f/(z) nim dudi y = (z — 1)
=0
Tu do thisuyrag'(z)=0& | 2 =2 .
r=1
Tit do thi ta thay ¢/(x) chi ddi dau tit duong sang am (tit ndm trén

chuyén xuéng niam dudi) khi qua z = 1. Do d6 ham s6 dat cuc dai

tai x = 1.

Ta chon dap an @

Cau 40. Diéu kien c6 hai diém cue tri 1a m? > 1. Goi a, b, ¢, d 1a cac hé s6 ctia ham bac 3 tdng

quat, A 1a biét thic Delta cta 3.

2 ) A b
Duong thang qua hai diem cyc tri la y = kx + e v6i k = “18a = 2 —-2m? va e = d—9—C =
a a
-9
1—Tm:m+1. Vay y = (2 —2m*)x +m + 1.

Goi hai diém cyc tri ctia dd thi ham s6 1a A (zy; kxy +e) va B (29; kzy + €)

1 1
= SaoaB = 7 |x1 (kxe + €) — x5 (kzy + €)| = Saoas = 5 le] . |z1 — x|

1 A 1
= Saoap = 5 ‘m-i- 1‘ % = SxouaB = 5 |m+ 1| AAm2 —4

= Saoap = [m+ 1| Vm? —1=8V2 = (m’ +2m +1) (m* — 1) = 128
= (m—3) (m®+5m? + 15m +43) =0 = m = 3.

Ta chon dap an

Cau 41. Taco: ¢y = 2z.f" (2?) = 22° (22 + 1) (z* + 2ma® + 4).
x=0
Do d6 ¢y = 0 khi :
a4 2ma* +4 =0 (%)
Ta thay cdc nghiem clia (x) néu c6 déu khac 0. Do d6 z = 0 luon 1a 1 cyc tri ctia ham sb.
Ham s6 c6 duy nhat 1 cyc tri khi va chi khi 2* + 2ma? 4 4 khong doi dau trén R < (%) c6 A’ <0
&Sm?-4<0e -2<m<2
Vay chi ¢6 2 gia tri nguyén am ctia m thoéa man la m = —2; m = —1.

Ta chon dap an

Cau42. y =0 zx=0vaz = 3 Tt day ta c6 toa do 2 diém cyc tri ctia do thi ham s6 1a
2 4

A(0;b) va B (5;6— 27&2).

Dé c6 1t nhat 2 giao diém véi truc hoanh thi y4.y5 < 0 < b (b —

O@a%gi? (Vib>0).

Ta chon dap an @

- 2) <0< (27a%h — 4)b <
a

Cau 43. Goi ap, o lan lugt 1a géc tao bdi tiép tuyén ciia do thi ham s6 tai z = 0 va tai xy bat

ky zo # 0 v6i tia Oz theo chieu duong (luu ¥ 1a ag > 90°), tir do thi ta thay:
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V6i —1 < g < 1 thi g < av < 180° nén tan v > tan «yg, tiic f'(xg) > f/(0).

Véi g < —1 hoac xy > 1 thi 90° > a > 0 nén tana > 0, vay f'(x¢) > f/(0).

Chimg t6 f'(x) > f/(0) v6i moi zg # 0, do d6 gia tri nho nhat cua f'(z) 1a m = f(0).

Hon nita, tit do thi ta thay phuong trinh tiép tuyén cta do thi tai z = 0 1a y = ma. Tai
r=—-1=y>2nénm< —2.

Ta chon dap an @

1 1 k 1 1
SIn-xT x m
1 1

22 sin’z
Xét ham s6 f(x) trén (0; g} ,taco f/(z) =

+ 1.
2 2cosx

3 sin°x

Ta chiing minh f/(x) <0, Va € (O; E) hay g(z) =
2 CosS T
Ta c¢6 ¢'(z) = tan? z + 2sin*z — 22%; ¢"(x) = 2tan® x + 2tanx + 2sin 2x — 4.
6tan® x + 14 tan' z + 2 tan® z + 2
1+ tan®x
T
Do d6 ¢"(z) > ¢"(0) =0, suy ra ¢'(z) > ¢’(0) =0 = g(x) > g(0) =0 Vz € (0; 5)

g"(z) = 8tan’x + 6tan' z + 4 cos 2z — 2 =

> 0Vr e {og)

. 4
Vay f’(x)ﬂ< 0, Vx € (O; g), hay ham f(x) nghich bién trén (O; g} Do d6 f(z) > f (g) ==
Vx € (0; 5)
Suy ra k < 72.f(z) Vo € (0; g) & k<4
Ta chon dap an @
Cau 45. Dua vao hinh dang do thi ham tring phuong ta thay (mil})) flx)=f(-1)= — —23 =
—o0; a

—1=0b=—2a.
Vay Irllinf(x):f(—l):a+b+c:a—2a+c:c—a.

[32]

Ta chon dap an @

Cau 46. Néum > 1thiy=a2?2+2x+m c6 GTNNlam — 1= —1 < m = 0(loai). Néeu m < 1
224+ 2r+m v6i x € (—o0; 1 — /1T —m|U[1 + /1 —m;+00)
—224+6r—mvsiz e (1—vVI—m;1++/1—m)

nén gia tri nho nhat clia y chi c6 thé xay ra tai nhitng diém cuc tiéu co thé cé ciia noé, nghia la:

miny = min {f (=1); f (1 +vI—m);f(1—vI—m)}

:>miny:min{|m+3|—4;4(1+m>;4<1—m>}:min{|m+3|—4;4<1—m>}.

thi y =

m=20
Truong hop 1: miny = |m+3|—4=-1=
m = —6
Véim =0 thi4(1—+1—m)=0>—1. Vay m = 0 thda man.
Véi m = —6, thi 4 (1 — /1 —m) < —1 nén —1 khong la gid tri nhé nhat, do d6 trudng hop nay

khong thoa man.

Hoc thi truc tuyén hoan toan mién phi tai www.estudy.edu.vn 34



Facebook "Tri Tuyén Luc" DT: 0972.17.77.17

9 27
Truong hop 2: miny:4(1—\/1—m) :—1<:>m:—1—6,khi do \m+3\—4:—ﬁ < —1 nén

truong hop nay khong thoa man.
Vay chi c¢6 mot gia tri cia m thdéa man bai toan.
Ta chon dap an

Cau 47.
1 1
Dit ¢ = 2t

VinZzr +1
t € [1;v/2).

, khao st t(z) tréen [1; %] ta duge

Ta ¢6  maxy = max |t +m| =
Lie?) [0:v2)
max{|m+ 15 |m + \/5’} = g(m).

Vé d6 thi ham g(m) theo m nhu hinh vé ta thay y=|m+ V2|

. 1 2
ngay ¢g(m) nhé nhat khi m = — i \/_ % % ¥
2 -3 -2 3 -1

\

Chii §: Khi vé d thi ham g(m) = max {[m + 1;

m + \/5)} ta vé dong thoi hai ham y = |m+1|
va y = |m + /2| sau d6 lay duong do thi nim phia trén cling ctia hai dd thi nay. Trong trudng
hop min thi ta lay phan do thi ndm du6i.

Ta chon dap an @

Cau 48. Ta biét tiép tuyén cé he s6 géc nhd nhat tai diem udn.

Mat khac y’:3<(x+a)2+(x+b)2+(x+c)2) =y"=60Bx+a+b+c).
Céy”:O@x:—%bJrC:—l Sa+b+c=3.

Giao diém v6i truc tung c6 tung do y = a® + b* + .
Via(9—d*)=a(3—a)3+a)>20=a(@®—9)+b(b*—9) +c(c*>-9) <0 a®+b+ <
9(a+b+c)=27.

Vay tung do giao diém ciia do thi ham s6 vd Oy 16n nhat bang 27 khi @ = 3;b = ¢ = 0 va céc
hoan vi.

Ta chon dap an @

Cau 49. Dat 2 =a,4Y =0, 8 =ctacéa,b,c=1vaa+b+c=4va2% =alb.c

Danh gia S du doan déng thic x4y ra tai bien nén ta cé:

(a—1)b-1)>20=ab>a+b—-1=3—-c¢

Vay 255 > (3 —¢)e = -2 +3cv6ic € [1;2]. Do d6 2% >  min =2
[1;2](—c2+3c)
1

Vay S > ~. Déang thiic x4y ra khi 3 s6 a, b, c c¢6 2 s6 biang 1 va s6 con lai bang 2.

(=)

Cau 50. Ta co: 4% < 48x — 80,V € [2;3]. Dau bang xay ra khi z € {2;3}.
1

Do d6 S <48 (a+b+c) —24O—Z(a+b+c)3 < 16.

Dau béang xdy ra khi (a;b; c) = (3;3;2) hodc cac hoan vi.
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Ta chon dap an @

Cau 51. Néu gia tri nhé nhat clia ham s6 bang 0 duong nhién khong théa man. Do dé ta chi

T

. Vay khong c6 gié tri M thoa man.

xét truong hgp miny # 0. Khi do ta co:
mmy:mm{f(—l),f(Q),f(—§>} :mm{|2—m\;|5+2m|;

[-1;2]

m=1=miny=-#1
Truong hop 1: 2—m|=1< (=12

m:3:>[rE111;r21}y:O7é1

m=—-2= miny=0%#1
Trudng hgp 2: [5+2m| =1 < =12
m:—3:>[mli.121]y:07é1

m:iQﬂﬁ[mli.%y:O#l

. Vay khong c6 gia tri M thdéa méan.

m?
Truong hgp 3: ’——1':1@
4 m:0:>[m1i121}y:1

Vay chi ¢6 m = 0 théa man yéu cau bai toan.

Ta chon dap an @

Cau 52. Day la bai toan dac biét vé ham phan thiic bac nhat.

Gial f'(xa) = £1 & x4 = 1 (chi can lay 1 nghiém).

Goi I 1a giao hai duong tiem can va M, N 1a hai giao diém ciia tiép tuyén tai A v6i hai duong tiem
can. Khi dé, tam giac IM N vuong can tai I va ¢6 duong cao A = 2v/2 do d6 IM = IN = 4.

2 1
p IM+IN+MN 8+42

Ta chon dap an

Cau 53. Tacoy =

Vay r =

243 9
v . Thay vao ta c6 P =5z — — = f(x).
T

x?+3

Tit 22 + 3y — 14 < 0 = 2z + 3.

—l4< & xe {1;%}
Khi d6 max P + min P = 0.
Ta chon dap an @

Cau 54. batt=2* -3z =te[-2;2].

Vay y = [t +m| #I%%fcy:[rn3§|t+m| = max {|m — 2|, |m + 2|}.

Vé do6 thi ham g(m) ta thyc hién nhu sau:

Vé dong thoi ca hai do thiy = |m + 2| vay = |m — 2|. =2 Im+2[}

Lay phan do thi ndm & mat trén ctia hai do thi ta /
duge do thi g(m).

T do thi ctia ham g(m) & bén ta thay ngay g(m) = 3

¢6 hai nghiém phan biét nén bai toan c6 2 gia tri cia

m thoa man. -2 - >

Ta chon dap an
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Cau 55.
Dat f(z) = 2* — 2%+ (m* + 1) x — 4m — 7 dong bién g
tréen R nén

r%azi(|f(x)| = max{|4m+ 7| ; 'Qm2 —4m — 1)} = g(m,)\

Ta ¢6 ngay do thi cia ham y = g(m) nhu sau (lay
phan do thi ndm phia trén trong 2 do thi).

T do thi ta thay do thi g(m) ndm bén dudi duong
g=15khi —2 < m < 2.

Cha y: Néu bai toan hoi I[I;Ibl]l f(x) thi ta lay phan

do thi nam duéi gitta hai do thi. Giéng nhu max la

phan "noi lén bé mat", con min la phan chim xuéng

dudi.

Ta chon dap an @

a+1# —a

. : <1 o —a# —a—2 17
Cau 56. Do ham s0 don diéu trén moi khoang nén ta co6 Sad {——; ——}.
—a—2#2a+5 23

20 +5 #1—a?
Khi do, r[11115r]1f(a:) =min {a + 1;—a; —a — 2;2a + 5;1 — a*} = g(a).

Nhu vay ta dé dang vé duge do thi ham y = g(a) .

la phan t6 dam trong hinh duéi day (lay phan do
thi ndm du6i trong cac do thi).
T do thi ta thay g(a) = —3

a<0

& Sa=-—2
1—a*=-3

a>0 5
hodc < a=1. e
—a — 2 — _3
Vay g(a) < =3 < a € (—oo0; —2] U [1; +00).

Két hop véi diéu kién a # -3 ta duogc

€ (~o0; -2 UL +00)\ {51

Ta chon dap an @

Cau 57. Bai toan tong quéat: Goi M 1a gia tri 16n nhéat ctia ham s6 y = |f(z) — kz — e| trén
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doan [o; 8] v6i f(z) 1a ham 16i tren [o; B] thi M dat gia tri nho nhat bang

'f a+ﬁ> f(a);f(ﬁ)‘
Dat dugc khi
ORI G m+ w{i_g (@) 6 F'(z) > 0,Ya € [o; f]
a=f _m+ 5a_5 (9) L () < 0.Vz € [0 8
Ap dung bai toan trén ta c6 f(z) = 2% a = —1;b =3, do d6 m:%|1 — 5| =2,
khi k = —f(_l)_; I3) _vae= 2y —(_1)1_ oy

Ta chon dap an @

Cau 58. Datt=a?tacot € [0;1] khi z € [~1;1]. Khi d6 y = |8t*> + at + b| v6i t € [0;1].
Bai toan tong quat: Goi M la gid tri 16n nhat ctia ham s6 y = |f(x) — az — b trén doan [a; 8] véi
f(x) 1a ham 16i tren [a; 8] thi M dat gid tri nho nhat bang

a+5 fle) + f(B)
()
bat dugc khi
- fla) = f(B) . m + (ﬁoz_g (a) néu f’(z) > 0,z € [o; 3]
v # ST i p1(a) <00 € o)

Ap dung bai toan téng quat véi f(t) = 8t2 ta co:
1 1 0 1 .
m =g f (5) — M' = 1. Vay gia tri 1 ctia bai toan chinh la gié tri nhé nhat cia M.

2
f(1) = f(0) X 1£(0) = 0.f(1)
a -0 8 va —b + =0
Vaya=—-8vab=1.Dodoa+b=—-T7.
Ta chon dap an

1 1
Cau 59. Tacé: Sapep = ) (AD + BC)CH = ) (2BC+2HD)CH = (304 30cos ) 30sinaw =
. sin 2«
900 (sma+ 5 )

Xét ham s6: y = sina +

sin 2«

T
tré {0; —} O:
rén 5] €0

y' = cosa+cos2a = 2cos’a+cosa—1 =1y = A

1
0<=>COS(I:§:>O(:6OO.

< 1z 3v3
Dé thay y) = (),y(ﬁ) = 1’y(600) - 2V o 30cm

4
3v/3 )
Maz {Sapcp} = 900—— T = 675v/3 (cm?). B S0cm

Vay thé tich 16n nhat ctia méang x6i la: V =

675v/3.300 = 202500v/3 (cm?).
Ta chon dap an @
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Cau 60. Ta c6: 3y = 2xf' (22 — 2). Ta dung thuat ngit "nghiem don" thay cho cac nghiém ma
f'(x) d6i dau qua nghiem d6. Nhu vay f/(z) = 0 < x = —2;0;2 déu la cac nghiém don.

. x =0
Ta gidi ¢ = 0 < Sr=0 22=022=2; 22 =4.

22 —2=-2;0; 2

Vay ' = 0 c6 cac nghiem o = 0 (boi 3-ldp lai 3 1an) va 2 = +/2; x = £2 (déu la nghiém don).
Do d6 v’ doi dau qua tat ca cac nghiém nay.
Mat khéc ta c6 y'(3) = 6.f(7), ma 7 thudoc mién nghich bién ctia f(z) nen f/(7) < 0. Vay y/'(3) < 0.

Tu day c6 bang bién thién cla y:

T | —o0 -2 —V2 0 V2 2 +00

y + 0 - 0 + 0 — 0 + 0 -
y(=2) P y(0) . P y(2)

y —00 - \y(—\/Q) y(V2) o —00

T bang bién thién ta thay ham s6 nghich bién trén (2; +00).

Ta chon dap an

Cau 61. Dat t = 2° (¢t > 0), khi d6 phuong trinh ¢6 dang (t —m) (> — mt + m? — 1) = (%)
Phuong trinh da cho ¢6 3 nghiém phan biét tuong duong véi phuong trinh (*) ¢6 3 nghiém duong
m>0;S=m>0
phan bi¢t, hay: {P=m?2—-1>0m?>—mm+m? —-1#401<m< i.

V3
A=m?—4(m?—1)>0

2
Vay S = —

=
Ta chon dap an @

Cau 62. Phuong trinh tuong duong véi: logya(log,z)” — (2 + 3log,a) log,z — 1 = 0.
2 + 3logya
log,a
Khi d6 ta ¢6 S = f (a) = ®*(10 — a)* < m_zg)(f (a) = f(6) = 3456.

(€%

Theo Vi-ét ta c6: log,z; + log,x9 = = 2log,b + 3 = log, (a®V?) & 115 = a3V,

Ta chon dap an @

Cau 63. Theo Vi-ét ta c6: log,z; + log,ze = 1+ 2log,b + 3log,c = log, (ab*c?) < 1.9 = ab®c®.
b b b b ccyc\©
Theo Cauchy ta c6: x1.29 = a.b.b.c.c.c = a2.2.25 %108 < 108. atstatytats) _
22333 6
a+b+c\° 506 4 x 50°
108. | ——— ) =108.— = .
08 < ) 08 36 o
PR c 20 100 150 700
Dau bing x&y ra khi ¢ = -~ = — B N _ 9
au bang xay ra khi a 3<:>a 3 3 ¢ 3 =S 3

Ta chon dap an
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Cau 64. Ta co: 8log,,x.log,m.log, x — Tlog, x — 6log, m.log,,x — 2017 =0 & 810gnm(logmaz)2 —
(6log,,m + 7) log,,x — 2017 = 0.

61 7T 6 7 6 7
Theo Vi-ét ta c6 log,,x1 + log,,zo = pogam L0 + <log,,n < log,, (r122) = log,, (m8.n8)
8log,m 8 8
6 7 3 T 7
Vivay x1.29 = m8.n8 = m4(2017 —m)8 = In (ab) = f (m) = %lnm + 3 In (2017 — m).
3 7 12102 12102 3. 12102
Ma f = _—0em=—"=In(ab) = f|—=) = “In—=
A S m) = o~ S —m) ST n (ab) f( 13 ) TR TR
7. 14119
—In
8 13
Do d6 ¢ = 12102,d = 14119 = S = 66561.
Ta chon dap an
Cau 65. C6 (29)2—2.294+2(2° — 1)sin (29 +b—1)+2=0
& (2°—1)° 422 —Dsin(2°+b—1)+1=0
& (20— 1+sin(2°+b—1))2+1—sin>(2°+b—1)=0
& (20 —1+sin(2°+b—1))4cos(2°+b—1) =0
T
cos(2°4+b—-1)=0 2°+b—1=—+kn
& & 2 :
20— 14sin(2°+b—1)=0 20 _14+1=0
Dodéazl,b:g—1+kw,k3€Z.
Laicob>0=b>2 —1=85>1+2(2—1)=r—1.
Ta chon dap an @
Cau 66. Logarit co s6 b hai vé ta co:
x1 + x9 = —logya
z? — 1+ zlogya =0 = e &
T1X2 = -1
? 1
Khi do S = < > + 4logya = —— + 2logya + 2logya > 3\3/72.210gba.210gba = 3+/4.
0gya (logya) (logya)
1
PN . 1 1 K]
Dau bang xay ra khi ——— = 2logya < logyja = —= < a=0"".
P gy T TR T

Ta chon dap an

Cau 67. Véia®t! = b*, 14y logarit co s a hai vé ta duge: 22 +1 = zlog,b < 22 —zlog,b+1 = 0.
Phuong trinh nay c¢6 hai nghiém phan biét < A = (logab)2 —4>0<log,b>2sb>ad
Tuong ty b ! = (9a)" < 22 — 1 = zlog, (9a). Phuong trinh nay c6 hai nghiém trai dau véi moi
a,b>1.

Khi do6 theo Vi-ét ta co:

1 + z9 = log,b
= log,b.log, (9a) < 3 < log, (9a) <3 < 9a < a® = a > 4.
z3 + x4 = log,, (9a)

Dob>a?=b>16=0b>17= 5 > 3.4+ 2.17 = 46.

Ta chon dap an
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Cau 68. Coi hai phuong trinh 13 phuong trinh bac hai v6i hai an 2% va 3°.
. A1>0;51>0;P1>0 9
Ta co: < b* — 200a > 0.
AQ >O;SQ >0;P2 >0

50 50
2T1tT2 — 9T1 T2 — — &y 4 39 = log,—
Khi d6 o T TITg

Jrtre = 38 3% = 50a < x5 + x4 = logs (50a)
Vi vay: 3 + 14 > 11 + 19 & logg (50a) > log, (5;0> =a>3=b>200a>600=0>b>25=
S =2a+ 3b > 8l.
Ta chon dap an @

Cau 69. Cho hai s6 thuc a,b16n hon 1 thay doi théa man a+b = 10. Goi x1, 5 1 hai nghiém ciia
phuong trinh (log,x) (logyz) — 2log,z — 3 = 0. Tim gia tri nhd nhat ctia bidu thic P = z1.29 + 9a.
Phuong trinh da cho < log,z (logyalog,z) — 2log,z — 3 = 0 < logya(log,z)* — 2log,z — 3 = 0.

= 2log,b = log,b? < log, (z1.75) = log,b* & 1.29 = b

9\2 279 279
100—-b)=(b-2= >
0—10) <b 2) n n
11

,a = —.

Theo Vi-ét ta co: log,x1 +log,zo =
log,a

Vay P =0*+9a = b* + 9

N © —~

Dau bang xay ra khi b =
Ta chon dap an @

Cau 70. Phuong trinh tuong duong vé6i: 22 + (z + 1) log,b = 0 < 2 + xlog,b + log,b = 0.
Phuong trinh ¢6 nghiem < A = (log,b)* — 4log,b > 0 < log,b > 4 (do log,b > 0).

4 4
Khido P =log,b+ ——+1=f(t) =t+—+1vé6it=log,b.
log,b t

Ma min f(t) = f (4) = 6.
a [ﬂlg)f( )= f(4)
Véi t = log,b > 4.

Ta chon dap an @

Cau 71. Theo gid thiét ta c6: (logya — 1 4 sin (logya + b))* + cos? (logya + b) = 0

[ a=1
7T T
cos (logya + b) =0 logoa+b=—+km b=—=—1+kn
N 2 N 2
logya — 1 + sin (logya +b) =0 logoa—14+1=0 a=4
b:g—2+k7r
N £ m 3m ]
Trudng hop 1:Neua:1:>b>§—1:>527—1.
. 3 9
Trudng hop 2:Néua:4:>b>§—2:>527ﬂ+2.

Ta chon dap an @

Cau 72. Phuong trinh tuong duong véi:
(1+log,x) (1 +log,xr) = 2018 < log,xlog,x + log,x + logyz + 1 = 2018
& logya(log,x)” + (1 + logya)log,x — 2017 = 0.
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1+ log,a
log,a
Ap dung bat ding thitc AM — GM (hay goi 1a Cauchy) ta c6

P:(4a2+9b2)<ﬁ+1> > VI OR.2 0 = 144,

1 1
= —log,b — 1 =log,— & mn = —.

Khi d6 theo Vi-ét ta c6: log,z1 + log,zo = — pr b
a

2p2 a2h?
o 4a? = 9b?
Dau bang xay ra tai 36 Sa=3,b=2
a2

Ta chon dap an

Cau 73. Tu gia thiét e**® <e(a+b) taco a+b=1 (Do e® > ex, Vo € R va ding thitc dit tai

x=1).
m2a 2

1—
Vaf(a)+fb)=f(a)+f(1—a)= log31 —i—logg%:loggm‘l.
fla)+f(b)=3em!=27Tem=4V2T.
Do vay tich phan tit thuoc S 1a —v/27 = —3v/3.
Ta chon dap an @
Cau 74. Tacéf’(:p)+;.f(x):1:> G () + ———=.f(x) = ’
z(r+1) r+1 (z +1) r+1

!/

= {f(:p)xf_l} :xiléf(x).xi“:x—ln|x+l|+0. Taisaolainhanhaivévéix+1

xem thém tai muc Tich phan ham an trong cuén Dot pha tu duy giai nhanh tric nghiém
Giai tich 12, tac gia Luc Tri Tuyén, Nguyén Dic Lgi, Pham Qubc Vuong xuit ban nam
2018.

Taco f(1).m=1—-In2+C=C=—

DO | —

Khids f(2).5=2-In3—-1=1-In3 < f(2) =

NI o
|

2

3
5 9

Vay a® + b =5

Ta chon dap an @

1 1
Cau 75. Datlz/:czf(x)dxi[:/(xQ—t)f(:L’)dx,VtER.
“1 21

Ap dung bat dang thu’c trong tich phan, ta co:

12§/ /f dx<4<1—§t+t2)—f(t),wel&
- 16 4 4
:>[2§m1nf(t):E:>—1—\g_§ < 1\2_
45 3vh ([, 1
45

Vay I dat gia tri nho nhat bang BT
Ta chon dap an @
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Cau 76. Ap dung cong thiic ting phan, ta co:

/f” 1—xdx—/<1—:c>df<x>=f'<x><1—:c>

0

1 1

+ [ f'(z)dx = —2018.
/

0
Ta chon dap an @

Cau 77. Ta co: 3f( )4z f (x) = 228 = 33 (x) + 2B f (z) = 220 = [2f (2)] > 2

ﬁ/ [2%f (2 (m>/m%ww6mu¢fﬁ>

L 2018 1
Khi d¢ / /
! Oéo flz)d / 2021 X = 50192021

1
Ay gid tri nhd nhit cia tich phan [ f (z) dx Ia 5 kh
Vay gia tri nhé nhat cta tich phan | f (z)dx la 5019 2021 <

Ta chon dap an @

1
Cau 78. Taco /x4f (x)dx =
0

Hon ntta ta dé dang tinh duge / ( 5)2da:

11
Do d6 [ [f' (z)]*dx — x)dx + = [f’(:z:)—:cf’fd:czo.
e e L
Suyraf/(:p):x5,dodof(x):6x +C.V1f():0nénC:—6.

20 —1 -1
do = —.
6 vy

1

Vay / fx)de =
0

Ta chon dap an @

Cau 79. Tac():/l /(@) da::/lf(a:)d(l— ! )

) (z+1)° ) x4+ 1
(- )] - (- ) e

;s/< :c+1> '(:p)dx:g—Zan

/ 1 \2 h 1 1
HOnnﬁ’atacé:/(l— )dx:/ 1—-2 + 5 |dx
) r+1 ) r+1 (z+1)
'3

1
:{x—21n|x+1|— } =——2In2.
(x+1)]|, 2

Dodé/ dx—2/1<1——> ()dx+/1<1—x}r1)2dx:0
:ﬂ o

o _

1

dSL’:O.

2020
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Suyraf’(:c)zl—xil = (z)=z—In(x+1)+C. Vi f(1)=0nén C =In2 —1.

1 1
1
Vay/f(a:)dx:/[a:—ln(x+1)+ln2—1]dx:§—1n2.
0 0

Ta chon dap an @

:9(0) = 1vag'(x) = f(x).

N —

Cau 80. Tit gia thiét ta c6 g(z) > 1Vz € {O;

Véi moi x € Ol} c6 g (z) < f(x):>g2(a:)<g’(:c):>gl<x)>1:> tg/<x)dx>/t1da::t
e = SO 2 T @™ T
1 1 L 17 . 1 1
= — Zt<:>——+12tvd1molt€{0;—.Vay—gl—xVa:E O;—}
ol 0 2 Y 5w 2
7 1 3 3
Dodé/ —dxg/ (1 —2z)dz = .
0o g(x) 0 8

Dang thtic xay ra khi g(z) =
Ta chon dap an @

1—x

Cau 81. Tu gia thiét ta c6 g(z) > 1Vz € [0;1]; g(0) = 1 va ¢'(z) = 3f(x).
/

t !/
V6i moi z € [0;1] ¢6 g(x) > f2(x) = 3y/g(x) > ¢(v) = g (@) < 3 = / g @) dr <
2/g(x) — 2 Jo 2y/g(x)
'3 3 "3 3. ) 3
éd:c = §t = Jyg(x)| < §t e Wet) -1 < §t v6i moi t € [0;1]. Vay /g(x) < §x+1
0
0
Vo € [0;1]
1 7
Do d6 g(x)dx < / (zx + 1)dx = .
0 0 g 4
Dang thtic xay ra khi \/g(x) = 3% + 1.
Ta chon dap an @
Cau 82. T gia thiét ta c6 g(x) > 1Vz € [0;1]; g(0) = 1 va ¢'(z) = 2z f(2?).
/ t o t
Véi moi z € [0;1] c()g(a:)22xf(x2)2>g(x)2g’(az):>g(x) <1l= g(x)dazg ldx =
9(x) 0o g(z) 0

t

= Ing(z)] <t<&lng(t) <t véimoite[0;1]. Vay g(x) < e* Vx € [0;1].

0
1 1
Do d6 / g(x)dx < / e“dr =e— 1.
0 0
eVz

20T

Dang thtic xay ra khi g(x) = . Khi d6 f(x) =
Ta chon dap an @

8
Cau 83. Datrx =t +4t+3vadoicainiz = -2 —>t=—-1var=8—t=1. Dodé:/f(x)dx
-2

1 1
= [F(E+at+3)d (0 +a0+3) = [ (20+1) (5t +4) de = 10.
-1 -1

Ta chon dap an @
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e”f" (x)dx = I. Stt dung tich phan ting phan ta

Q
Q)
o

Qo
=~
)
-Q9C
=+

O\H

®

8
~
=
N~—

IS
»

I
O\H
QM)

8
=
—
Na¥

oy

"

I
O\H

=) 2
W o) o

Cht ¥, d6i v6i bai toan trac nghiém c6 tinh chat bat bién, ta chi can chon mot ham f(z) thoa

man diéu kién gia thiét dé kiém tra. Chang han trong bai nay ta c6 thé chon f(z) = €.

Ta chon dap an @

Cau 85. T gia thiét ta c6 g(0) = 1; ¢'(z) = 2f(z) va g(x) /Z 1, Vo € [0;1].
o 9(0) > (0 Y00 > (o) & 2930 > ') > Sk <2

t
b g(x) ! 3 4
Su ra/ dxg/de:>—.32:c <2t = Jg2(t) < =t + 1.
S ; 2\/9()0 Ver(t) < 3
1 1 /4 5
Do dé[:/ 3/92(t)dt§/ <§t+1> at = .
0 0
5 4 4
Dang thic xay ra khi g(x) = <§t + 1) §t +1
Ta chon dap an @

2 2 8
Cau 86. Dt t = 2° = dt = 3ade. Khi d6: [ [f (*))"dw +2 [ f (%) do = %/f(x) dz —
1 1

1

VA <*):‘/[f<t> E{ ﬂ =051 = VB 1= [[f @)= 22

Ta chon dap an @

Cau 87. Hoc sinh luu ¥ cong thiic tinh dién tich hinh phang giéi han bdéi Parabol va duong
thang: “Néu hai do thi cit nhau c6 phuong trinh hoanh do giao diém az? + bz + ¢ = 0. Khi d6

(va)'| )
dién tich hinh phang gitta hai do thi do6 la |S = a2 voi A = b° — dac”.
a
3
. 4(v/16 — a
Apdung,xét8x—x2:a®x2—8x+a:0nén5a:¥.
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4(V16 = 1) 4(V16 —¢)’

Tuong tu ta co: Sy = f; Se = B E— Dién tich hinh phing gi6i han béi Parabol
(P) : y = 8 — 2% va truc hoanh la Sy = % (64). Mat khac vi Sy = %( 4) =4S, = 5, 634
3
W = (16 — a)® = 236.
Co S, = 28, 128 4<—16_b)3 = (16 —b)® = 1024 vd S, = 35, = 64 = 4—”16_0)3

3 3
= (16 — ¢)* = 2304.

Nhu vay: (16 — a)® 4 (16 — b)® + (16 — ¢)® = 3584.

Ta chon dap an
Cau 88. Doi biénx—Qcho:cva:c—i—Q cho z, taco

/f :c—2d:1:+/f x+2d:c—/f d:z:+/f

3

Nhu’vay:/f’(x—2)dx+/f’(x+2)dx:/f’(x)dx:f(4)—f(—2):6.
0 0
Ta chon dap an @

1
) 11?
Cau 89. Tir gid thiét ta co: / { Fr(@)f (z) — —} dz < 0.
0

Do dé: f' (z) f2 (x) = é S [ ()] =

1 7
= fPa)=-zs+1= [ fP2)dr=-~.
3 !

Wl

6
Ta chon dap an @
Cau90 Ta co:
f’ /
/2+1da::>1nf() Inf(0) = = In (% + 1)

() \/t2 1=T=3-2/2
Ta chon dap an @

Cau 91. Ta co:
21(22 — 1) — 12(z — 1)* = 12z f (z) = [f' (2)]?

:>/ ) — 32 —1-3] dr =0= f(z) =2 -3z +2.

Ta ChQIl dap an @
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1
Cau 92. battanx =t =4 /
/ 24+ 1

:jf(x) ! dz.

Cong hai tich phan lai ta duge 6 = /f (x)dx
Ta chon dap an @
Cau 93. Tacé: z. (2f (z)+1) = [f' (2)]> = Vo /2f (z) + 1 = f/ (2) = % =z
:,/+ 2f (a /m:W:%mw
3

) +
4
\hf():2:>0— / 1186.
1

COI»-&

Ta chon dap an @
Cau 94. Theo bat déng thitc Holder ta co:
1, 9 1 1 2
1
/Md:c./emdx > /f’ (x) da:] & (e—1)>1.
er e
0 0 0

!/
Dang thitc xay ra khi va chi khi: /(@) = ket & f(x) = k.e”.

1 \/_
, B B 1
\h!fuym_1¢k_e_r
x C r __
Vay () = S50 Ma £(0) =0, £ (1) = Tuen £ () = S
Vay I = 6:?.

Ta chon dap an @
Cau 95. Goi z1, 2 lan lugt 14 hoanh do ctia A, B, ta c6
|a| 3 1 3
S=—7|r; -2 ==|11—2
U fos — ol = £ o — 2

Chi ¥, 6 day a 13 hé s6 bac hai clia parabol, tic a = 1. Day 1a cong thitc nhanh tinh dién tich gi6i
han béi Parabol va duong thing da duge xay dung trong sach Dot pha tu duy giai nhanh tric
nghiém Giai tich 13 ctia tac gia Luc Tri Tuyén, Nguyén Dic Logi, Pham Qudc Vuong
xuat ban 2018.

Lai ¢6 |x; — 23] < AB=2,do d6 S < %

Dang thtic xay ra khi A(—1;1) va B(1;1).

Ta chon dap an @

Cau 96. Taco: |22 —22+5|=|(z—1+2i)(z+3i—1)|
S(z—142i)(z—1=-2)|=|(z—142i) (2 +3i — 1)|
(z—1+2i) =0
(z—1-20)|=|(z+3i—1)]
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Truong hop 1: [(z —1+2i)| =0 2=1-2i= |z —-2+2i|=1.

Trudng hop 2: [(z —1—20)|=|(z+3i—1)| & b=—3 véiz=a+bi (a,b€R) .

1 3 9_3
:>z—2+2i:<a—§i>—2+2i:(a—2)+§i:>|z—2+2i|: (a—2)2+—>§.

4
Ta chon dap an @

Cau 97. Goi M (x;y) la diém bicu dién s6 phiic z trong mit phang phic thi M thude dudng

tron tam I(—1;2) ban kinh R = 2v/2.

Trong mat phing phitc xét cac diém A (1;0), B (—3;4) thi I 1a trung diém ctia AB.

Theo cong thitc dudng trung tuyén trong tam gidc MAB c¢6 MA%? + MB? = 2MI? + A232 =
AB?

2R? + = 32 (khong doi).

C6 P = aM A+ bM B nén theo bat dang thiic Bunhiakovski ta c6 P? < (a? +b*)(M A%+ M B?) =
32(a® + 1) = P < 4v/2a% + 212,

Ta chon dap an @

— 9 ) . 9 w49
Cau 98. C6 =" 13 56 thudn 4o & — = + z_+ !
z—2 zZ—2

<:>a2+b2—2a2—_2620 Sla—172+b-1)7°=2

Goi M la diém biéu dién z trong mat phang phtic thi M thuoc dudng tron tam I(1;1) ban kinh
R = +/2. Khi d6 |z| = OM dat gia tri 16n nhat bang O + R = 2v/2.

Dang thiic x4y ra khi M = —%I_O), hay M (2;2).

Vay 2 =2+ 2i,dod6 a+ b= 4.

Ta chon dap an

Cau 99. Goi M la diém biéu dién z trén mit phang phitc. T |z + 2 + 3i| = 2 suy ra M thuoc
duong tron tam I(—2; —3) ban kinh R = /2.

Dit A(—2;5) va B(6;—3) ta c6 T = |2+ 2 — 5i| + |2 — 6 + 3i| = MA + MB.
AB?

=022 —2(2+2)+2i(z—2) =0

Lai thay /A = IB = 8 nén I thuoc trung tric cia AB va [H = TA? —
la trung diém AB.

C6 T? < 2(MA? + MB?) = 4MH? + AB?>. Ma MH < MI + IH = 2+ 4v/2. Do d6 T 16n nhét
khi M H 16n nhat hay MA = M B va M, I, H thang hang.

Diéu kién dau bang tuong duong véi

IM = —%I_H’ o IM = —% (4;4) & M (—3;—4).

Vay 2= -3 —4hay P=a+ b= —T.

Ta chon dap an @

= 4v/2 v6i H(2;1)

Cau 100.
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Cach 1: Goi P,Q lan lugt 1a diém biéu dién z; va z, trén Yy

mat phing phtc. T gia thiét ta thay ngay @ thudc dudong 0

tron tam 1(0;2) ban kinh R =1 va P thuoc Oz.
zj;?eR@zz—zlzk(Hi),keR@P_Q’//U: s

(1;1). Vay PQ tao v6i Ox mot goc 45°.

Goi H 1a hinh chiéu vuong goéc ctia @ len Oz thi PQ = |

V2.QH. Do d6, ta chi can tim gia tri 16n nhat va nhé nhét 1

cua QH. 45°
P 0 H €T

Ta co

Tu hinh vé ta thay ngay min QH = d(I;0x) — R =1 va max QH = d(I;Oz) + R = 3. Vay
M:3\/§Vam:\/§.8uyraM+m:4\/§. o
Cach 2: Tadat z; = a, 20 = b+ci khi do: zi_? = (a—b—;z) (-1
ta ciing ¢6 |2z — 2i| = 1 = 0> + (¢ — 2)* = 1. Do vay |21 — 2| = |(a — b) — ci| = |e+ ci| = |¢| V2.
Vitr4(c—22=12(c-2"=1<c<3=1<c|]<3dodd |z — 2| =|cvV2¢€ [V2;3v2] =
T =4v2.

Ta chon dap an

Cau 101. Taco: [(3+4i)z| =5(m% +2m +5) = |w + 2i| =5 (m? + 2m +5).
Vay R =5(m?*+2m +5) > 20.

Ta chon dap an

Cau 102. Gia st z = a+bi (a,b € R) duge biéu dién bdi diém M (a;b). Khi d6 s6 phiic lién hgp

€ R = ¢ = b—a dong thoi

clia z 1a Z = a — bi dugc biéu dién bdi diém M’ (a; —b).
Ta c6: 2 (4 + 3i) = (a + bi) (4 + 3i) = 4a + 3ai + 4bi — 3b = (4a — 3b) + (3a + 4b) i, do d6 s6 phiic
2z (4 + 3i) duge biéu dién béi diém N (4a — 3b; 3a + 4b) Khi d6 diém biéu dién s6 phiic lien hgp ctia
s6 phitc z (4 + 37) 1a N’ (4a — 3b; —3a — 4b) Do M'N’ dbi xting v6i M N qua Oz néen MM'N'N 1a
hinh thang can. Vi vay, M M’'N’N la hinh ch nhat < yy = yy < b=3a+4b < a+ b =0, hay
M di chuyén trén duong théng d : z +y = 0.

Goi A(5; —4) thi |z 4+ 4i — 5| = AM nén min AM = d(A;d) =

1
7
Ta chon dap an @

Cau 103. Goi M(z;y) biéu dién z trong mat phang phic thi

rT=m-—-2=>m=z+ 2 9
sy=(+2)" -1
y=m?—1

Vay (C) la Parabol c¢6 phuong trinh y = 2? + 4x + 3.
Dé thay A = 4, do dé dién tich hinh phang giéi han béi (C) va Oz la

S: = - = —,
6a? 6 3
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Ta chon dap an

Cau 104. Co 2l — 2120+ 25 =0= (21 + 22) (27 — 2120+ 23) = 0 = 2} = 25 = |2z1| = || Vay

tam gidc OAB can tai O.
. 21
Lai c6 27 — 21290+ 22 = 0 = —
_ _ 2
Z1.%292 29.21

=1
\2‘2\2 \2’1\2

22

+2=1

21

= Z21.Z29 + 29.21] = |Zl‘2 = |Zl|2 — 21.Z29 — 29.21 + |22|2 = ‘22‘2

= |21 — ZQ|2 = |22|2 = AB = OB.

Vay tam giac OAB déu.

Ma dién tich OAB bing v/3 chiing t6 |21| = |2| = |21 — 22| =2 = a.
3 2
Vay |21 + 22| = 20M = 2.%@ = 2¢/3, trong d6 M la trung diém ctia AB.

Ta chon dap an @

Cau 105. Dat z =z +yi, v,y € Rtacé 2* +y*> = 1.
3

3

Co w = Z3+% =24+ 8 =(242)°%-32% (2 +7) = 8% — 6z = f().
2
Ta dé dang tim dugec M = max f(z)

(- 1;1]
Ta chon dap an @

Cau 106.

Goi M la diém biéu dién z. Tit gia thiét c6 M thuoc 212

13

duong tron tam [ (——' —) ban kinh R = -

22

Coi A(1;0) va B(—1;2) thi P = MA + 3MB.
Dé dang kiém tra thay I thuoc doan AB va [A =

318, do d6

MA? +3MB? = 4MI? + TA?> + 3IB*> =8

V2

—

Miit khéc, theo bat ding thiic Bunhiacopsky ta co:

MA+3MB < \/(MA2+3MB2?) (1 +3) = 4/2.

Ta chon dap an @

Cau 107. C6i.z =1+ 22 + - -+ + 201642916 + 201742017,

_ ,l'2017
Vay z —i.z =140+ + - + 2010 — 20172017 = —
—1
1—2017i 1420172
=z = 17@ = |2 = e N5 Y P T
—1

Ta chon dap an @

:2Vam:[mla§f(x):—2.\/ayP:8.

A(1,0)

— 20172 =1 —2017:.
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21+ 29 = —23
Cau 108. Taco: S z; + 23 = —29 :>A=|—Z1|2+\—Z2\2+|—23|2:_
ZQ+23:—2’1

Ta chon dap an @

2017

P2017 2017|

Cau 109. Ta ¢6 : max P = max |z| > 0 < max = max |z|” ' = max]|z

Mt khac ta ciing c6: min P = |z| > 0 < min P2°'7 = min |2|**'" = min |22°"7|.

Goi 22" = a + bi (a,b € R) = Tap hop diém biéu dién s phitc 22°!7 1a duong tron tam 1 (0;1)
max P?017 = 2 max P = 2017. **V/2

c6 ban kinh R =1 = & V2 = A =2017.*V/2.

min P2017 = minP =0

Ta chon dap an @

Cau 110. Taxét cac diem A (1;0), B (0;1) va M (z;y) v6i M la diém biéu dién s phiic 2 trong
mat phing phic. Ta ¢6 :

202 = 1|+ 3|z —i| =2/ (z — 1) + 42 + 322 + (y — 1)° = 2MA + 3MB .

Ta c6: 2MA+3MB =2(MA+ MB)+ MB >2AB+MB =22+ MB >2V2 .= 2|z — 1| +
3z —i] =2v2.

Ma theo gia thiét ta c6 : 2|z — 1| + 3|z — i| < 2V/2.

. C : .| M e AB
Vay 2|z — 1| + 3|z — | = 2¢/2. Dau x&y ra khi v& chi khi & M=B= M(0;1) =
MB =0
|z| = 1.
Ta chon dap an @
Cau 111. Tac6 |22 — 2" = |2]2 |z — 1]* = |z — 1]? (x —1)2 =2 —2x (chuy 2?2 +y* =

1).
Co22+z2+1=22+z2+2Z=|2||z+14+Z|=|z+1+7Z| =22 + 1|.
Vay P = 2z + 1| + 2 — 22 = f(x) v6i x € [-1;1].

Khéao sat ham f(x) trén doan [—1;1] ta tim dugc max P = 1743 & x = g
Ta chon dap an @

Cau 112. Goi M la diém biéu dién 2 trong mit phang phitc. D& thay M thuoc dudng tron tam
0(0;0) ban kinh R, = 1 va dudng tron tam I(v/3; —1) ban kinh Ry = m, (m > 0).

C6 duy nhat 1 s6 phitc thda man bai toan tuong duong véi cé6 duy nhat diém M thoéa man. Diéu
nay xdy ra khi va chi khi hai dudng tron (O) va (I) tiép xc.

Truong hop 1: Tiép xtic ngodi & Ol =R+ Ry ©2=1+m&m=1>0.

Truong hop 2: Tiép xtc trong < O = |[Ry— Ry] & 2 = |m—1] & m = 3; m = —1. Vay
m = 3 > 0 thoéa man.

Vay ¢6 hai sd thic m théa man.

Ta chon dap an @
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Cau 113. Taco P? < 2(|z1]> + |2]?).

Theo gia thibt ta c6 |21 + 25|> = 100 va |2 — z|° = 4.

Mit khac |21 + 2| + |21 — 2> = 2 (|zl|2 + |zz|2) (coi z; V& zo 1a hai vector dé chiing minh).

Vay P? <104 = P < 2v/26. Dang thitc x4y ra khi |2,| = |2| = v/26 va |21 — 25| = 2, ting v6i hai
diém nim trén dudng tron tam O ban kinh R = /26 va day cung MN = 2. C6 vo s6 cip diém
M, N thoa man.

Ta chon dap an

(14 22007) = (14 2209)] = [o"0 1 — 2| = [1— 2]

(14 22905) = (1 2] = o4 1 =] = 1~ 2

| >
|1+22015|_'_|1+22014| 2

Cau 114. Ta c6:

14+ 2+ 1422 > |1+ 2%) = (1+22)] = 2" [1 = 2| = |1 — 2|
Vay: P=1008 |1+ z| + [T+ 22|+ |1 + 23| + ... + [1 + 2217 >

1008 (|1 + 2| + |1 — z[) > 1008](1 4 2) 4 (1 — z)| = 2016.

Diéng thic xay ra khi z = —1.

Ta chon dap an

Cau 115. Goi M la diém biéu dién z trong mat phéng phtic. Ta c6 M thuoc cac dudng tron tam
0 (0;0),R=1vatam I (3,4),R =m, (m > 0).

C6 duy nhét s6 phiic thda man bai toan tuong duong véi hai duong tron tiép xic.

Do d6 c6 hai truong hop tiép xtc ngoai va trong cho nén R + R’ = OI < m =4 hoac Ol =
R — R & m=6.

Ta chon dap an @

k+\/Ek? + 4|z

z+@‘<kthimax|z|: :
2

Ta duge max |z| = 1 + /5. Khi d6 max P = 8 + 3+/5.

Ta chon dap an @

Cau 116. Ap dung cong thic: véi

2

Cau 117.

Goi M la diém biéu dién z thi tir gia
thiét cho thay M thudc duong tron
1(4;3) ban kinh R = /5.

Goi A(-1;3),B(1;-1) = IA=1IB =
5> R. Vay I thuoc trung tryc cua AB.
Dit T = |z24+1-3i| + |z —1+i] =
T=MA+ MB.

e MA+ MB < /2(MA2+ MB?) =
MA+MB < VAMH? + AB?2 = MA+
MB < VAKH? + AB? = 10v/2.
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e Lay E sao cho LAE = LAE = 90°. Dinh 1y Ptolemé ta ¢c6: MA.EB+ MB.EA > ME.AB
= MA+MB> ME.;;—? > ELA2 = MA+ M >=2y/10.
Ding thic xay ra lan lugt tai K va L.
Ta chon dap an @

Cau 118. Goi M la diém biéu dién s6 phiic 2.

a +_Z> 4 2’ =14 |z —2i = 1. Vay M (z) thuoc duong tron tam 7 (0;2), R = 1. Do do,
2| <OI+R=3

Lai c6 |w — z| = |iz — 2| = V2. ]2| < 3V2.

Ta chon dap an @

Ta co:

— 1) =(22—1i)° —1=+(2z—1
Cau 119. Tacé:(z—1)4(22—i)4(:){<z )= @2—0) o |7 (22 =9)

(z—17%=—(22—1)° z—1=4i (22 —1)
1+ 2+ 4i 17
Ga=— =G =0 a= 5 P

Ta chon dap an @

Cau 120.

Ké C'H vuong goc véi mp(ABD) (H la trong
tam ctia AABD) thi FH N AB = F. Mt
phéng CEF chinh la mat phang chita CE va
vuong géc véi ABD.

Ta 6 V(AECF) = V(FACE) =
2V(F.ACD) do S(ACFE) = 2.5(ACD,).
%%V(F.ACD) = V(A.CDF). Ta chi can tinh

B

. d(A;EF) AH . d(A; EF)

Co = =2vA ————~ =
d(M.EF) _ MH d(D; EF)

% = 2. Suy ra d(M; EF) = d(D; EF) hay p
I 1a trung diém ctia DM. Vay B = 3.
Lai c6 d(B; BF) = BI = 3. Vay U BF) = 2 suy ra AF = 2
' d(M;EF) MI “ d(B;EF) 3 AB 5
) 2 4 42
Vay V(A.CDF) = gV(A.BCD) = V(AECF) = SV(ABC’D) = g.l—a?’.
Vay V(AECF) = \1/—5§a3.

Ta chon dap an @

Cau 121.
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Ta goi M, N lan luct 1a trung diém ctia SA, BC.
Dé chitng minh dugec SAL(MBC) va AMBC
can tali M.

Ta c6 MN? = MB? —
BC? . 22 + 42

4 4 —
1
Do déV:VS.ABCzéfL'y l—x +y .

4
1
Vi 22 +y? > 22y nén V < éxywl—% =

e

(2 — xy). Dau bang x4y ra khi x =
Y.

4
Dat t = zy va xét f(t) = t3(2—1), f(t) dat GTLN tren (0;2) khi ¢t = 3 suy AT =y =
LA
Ty =—.
RE
Ta chon dap an @

1
Cau 122. Tacé: R? = 5\/a2 + b2+ c2v6i OA=a,0B =b,0C = c.
3V abc
Stp ab + be + ca + Va2b® + B2 + 2a?

vay 2B _ Ve P+ (ab + be + ca + Va?b® + b2 + 2a?)
ay — = .

Luu y tinh chat S50 = SZap + Sdpe + Soca Co T =

abc
Ap dung bat ding thitc AM-GM cho 3 sb ta cé:

2R V3V a2h2c2. (3\/&26262 + \/W)

r abe

;»TR \/3(3+\/§):3+3\/§:»§>

Vay a =3; b=27 = a+ b= 30.
Ta chon dap an @

3+427
—

Cau 123. Goi tam I (a,b,c), ta c6 a +2b+c = 4. Vi d(I,0x) = d(I,0y) = d(I,0z) =
Va2 + 02 =02+ =2+ a?> & |a] = b =

e Neua=tb=t,c=t=t=1=1(1;1;1)

e Neua=tb=t,c=—t=22=4=t=2=1(2;2;-2)
e Neua=tb=—t,c=t=0=4(Loai)

e Neua=—tb=tc=t=2=4=1(-2;2;2)

Vay c6 tat cd 3 mit cau théa man diéu kién ciia bai toan.

Ta chon dap an @
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Cau 124. Goi B(z;y;2), >0, ta c6 OA=2V2 = OB =22 < 22 + > + 2% = 8.
Laic6 AB=22a (2 —2)°+ (y— 2>+ 22 =8.
Diém B thuoc mat cau nén 22 + y? + 22 — 20 — 2y — 22 = 0.
Vay ta c6 hé:
24yt 22—20 -2y —22=0 4y +22=38
2 +y?+22=38 &S 24+y+2=0 < B(2;,0;-2).

(z =274+ (@y—27+22=8 T+y=2
Vay phuong trinh mat phang (OAB) : 2 —y + z = 0.
Ta chon dap an @

a’> + b +
Cau 125. Tac()R2:f:>a2+62+02:90Vaa>4,b>5,c>6.

Khi dé: 4 < a < v29;5 < b <38

Ta co: OA+0OB+0C=a+b+c=a+b+ 9()—2612—62 = f(a,b).
Xaf%@:1——zaf%izgzo@a: 45—%.

Lap bang bién thien ta dugc:

min f (a, b) :min{f(él);f(\/@)} :min{b+4+m;b+\/@+\/W}.

Dé thiy: b+4+ V74 — 12 < b++/29+/61 — b2 Vb € [5;\/@ = min f (a,b) = b+4+/74— 12 =

f(b).

b .
Do f'(b) = 1—\/ﬁ =0 < b = /37 nén lap bang bién thién ta dugc min f (a,b) = f (5) = 16.
Do d6 gia tri nhé nhat cia OA+OB+OC 1a 16 khia =4,b=5,c= 7.
Ta chon dap an
) . o TA=42=2R
Cau 126. Ta thay ca A va B cung nam ngoai mit cau dong thaoi .
IB = /30

Muc dich cach gidi 1a tim C sao cho M A = 2MC véi moi diem M thudc mat cau.

. . e IM
Lay diem C trén IA sao cho IC.JA = R? Khi d6 IC.IA = IM? = M- A hay AICM
R AM IA a1z T —
va AIMA dong dang véi nhau. Vay Ve I 2 hay AM = 2MC. Dé thay 1A = 4IC =
C (0;3;0).
Khi d6 MA +2MB =2(MB + MC) > 2BC = 3V/2.
Ta chon dap an @
a b ¢ ‘
24z I_1
Cau 127. Goi I (a;b; c) 1a tam mat cau. Khi d6: R =d (I, (MSN)) = o 1 T
1—|—ﬁ+$
. 1 1 1 1\* 2 1 1)\? 1 1 1 1 2
Chuy: 1+ —S+5=14+{—+—-)] ——=1+|—-+=-) =2| =+ )=|—-+—-—1
m?  n m n mn m n m n m n
a b ¢
E+g+1—1
Vay it ="—=7—7
— -1
m n

Hoc thi truc tuyén hoan toan mién phi tai www.estudy.edu.vn 55



Facebook "Tri Tuyén Luc" DT: 0972.17.77.17

Chona=b=1—c= R=la| vatam [ (a;a;1 — a).
=IM=y20a-1’"+a?=la/©a=1=R=1.
Ta chon dap an @

Cau 128. Goi a,b,c lan lugt 14 hoanh do, tung do va cao do clia A, B,C ta c6 mit phing

x Yy oz
J R A
(P) a+b+c )
1 4 9 142
(P)qua M nén 1 = — + — —>M:>a+b+c>36.
a b ¢ a+b+c
1 2 3 a=0
Déng thic xay rakhi{ a b ¢ =<{ b=12 .
a+b+c=236 18
CcC =

Ta chon dap an @

Cau 129. Tac6: OHL (o) = R=0H = Va?+ b + 2.

Laico: a2 + 02+ = (a+b+¢)°—2(ab+bc+ca) = (a+b+c)*+2>2.
Vay R > V2.

Ta chon dap an @

Cau 130. Dé thay C la giao ctia phan gidc trong d cia AAM N véi (P). Tac6: AM = 3; AN = 5.
AM AN 119 22\
Phan giac trong AAMN c¢6 vector chi phuong: — + — = (g, 5 ﬁ) //u = (5;19;22)

AM = AN
r=1+5¢
= (d) : { y=2+19t Thay vao phuong trinh (P) = C (6;21;21).
z=—1422¢t

Ta chon dap an @

Cau 131.

Ta dé dang tim dugc toa do diém D (3;3;3) 1 giao
diém ctia (AB) va (P). Do d6 theo tinh chat cta
phuong tich ta duge: DA.DB = DI? — R?. Mit
khac vi DC' la tiép tuyén ctia mat cau (S) cho nén
DC? = DI? — R%

Do vay DC? = DA.DB = 36 cho nén DC = 6 (La ' /

mot gia tri khong doi).
Vay C luon thuoc mot duong tron ¢6 dinh tam D vé6i ban kinh R = 6.

Ta chon dap an @

Cau 132. Goi tam 1 mat cau tiép xuc la I (a, b, ¢) khi d6 ban kinh mit cau: R = ITA = d (I, (P))
2ma + (m?* + 1) b+ (m* — 1) ¢ — 10|
eR=a—2 (-1 1 (5=
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_m?(b+¢) 4+ 2ma+b—c— 10|

2 2 2 P P
s R=v(a—2°"+0-11)°+(c+5)7° = EERRTNG ding véi Vm € R.
=0 =0 b— b=9
Do vay ¢ & ¢ nén R = 4+(b_11)2:M:>
btc=b—c—10 c=-5 V2 b =25

Ta chon dap an @

Cau 133. Goi [ (2;0;0) la tam mat cau. Khi d6 ban kinh:

2 2., 72 2., 72 2 (2x—1)2 (x+1)2 2 2
R =r*+d*(1,(Q)) =2°4+d*(I,(P)) & r +T:4+T<:>x —2x+42(r*—4) =0.
. . 3 3v2
Do d6 ¢6 duy nhat 1 tam mat cau thoa man < A’ =0 < r = ﬁ = T\/_

Ta chon dap an

Cau 134.

Ta goi (Q) 14 mat phing qua diém A (2, 1,0), song
song v6i mit phang (P) thi (Q):z—y—2—1=0.
Goi H, K lan lugt 1a hinh chiéu ctia M, N len (Q)
va I,J lan lugt 1 hinh chiéu ctia H, K léen A thi
M1, NJ lan lugt 1a khodng cach tit M, N dén A.
Khi d6 MI+NJ > MC+ ND =2d(M,(Q)).
Diéng thiic x4y ra khi va chi khi A la dudng thang
di qua H, K. Hon nita, ta thay A (2,1,0) 1a trung

diém MN nén A ciing la trung diém ctia H K, hay
HK di qua A.

Vay mot vector chi phuong ctiia A la “MN, ), W(Q)} = (—6;0;—6) //(1;0;1).
Ta chon dap an @

Cau 135. Dit vao hé toa do Oxyz v6i A(a;0;0), B(0;b;0),C (0;0;1) trong d6 a,b,c > 0 va
a+b=1.

C6 bat dang thitc quen thuoc (a + b)? < 2 (a? +0?) = a® + 0> > % ().

Do OA,OB,0C doi mot vudng géc nén mit cau ngoai tiép ti dién cling 1a mat cau ngoai
tiép hinh hop chit nhat c¢6 kich thuéc a,b,c nén ban kinh mit cau ngoai tiép khoi ti dien 1a

1
R= 5\/a2+b2+1.

Theo (*) ta c6 R >

1+

1 1

2 2
Ding thic dat duge khi a = b=
Ta chon dap an @

SEN[S
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MA+2V3 MA+ AB

Cau 136. Ta nhan thiay A € (P) va AB =2/3 do vay P =

VA2 1 AB? MB MB
2 ;=T
Cach 1: Ta co P? < ( M:?Z ).Néu MAB >90° = MA*+ AB* < MB? = P? <2.

Néu MAB < 90°, theo dinh 1§ ham sb cos ta c6 MB? = MA? + AB? — 2MA.AB. cos MAB
> MA%? + AB? — 2M A.AB.cosa v6i a la goc gitta AB va (P). Suy ra MB? > MA? + AB? —
(MA? + AB?) cosa = (M A% + AB?)2 cos? %

= P2 >

sin?

Ma % < 45° nén

N[

1 1
—5= > 2. Vay P < —— = /54 + 6V/78 trong moi truong hop.
sin® & sin &

2 2
Dang thitc x4y ra khi M thuoc hinh chiéu ctia tia AB len (P) va AB = AM.
— _— MBA-AMB

) P in MBA inAMB cos|———5 1

Cach 2: Ap dung dinh 1y ham so sin: P = i LSI\H = ( 2 ) < —.
sin MAB sin Mg‘B sin Mg‘B
— 1 1
Do MAB > «a v6i a la goc tao béi AB va (P) nén — < —
sin AAE  sin 3
]. ? £

Vay P < —— = 54+ 61/78. Dang thiic xay ra khi M thudc hinh chieu cta tia AB len (P) va

sin &

2

AB = AM.
Ta chon dap an @

Cau 137. Ta c6: maxd (O; (P)) = OM khi (P) ¢6 7 = OM = (3;4;5).

= (P):30+4y+5: =50 =06 55 + 35 + 7o = |
T3
50 25 3125
Ga=2b="c=10= Vospc = .
a 37 27C OABC 9

Ta chon dap an

Cau 138. Trong phuong trinh (P) chia hai vé cho abe, ta c6 (P) : Tyl
1 1 1 1 1 1 “ ¢
Ma=-+-4+-=3a24+343=1
a b a

) 101 b ¢
ay M [ =:=: = P b, c.
Vay <3,373>€( ) Ya,b,c
Dodo E =1.

Ta chon dap an @

Cau 139.

Dé thay dy//dy do d6 chiing cting thudc mat
phang (P).

Viét phuong trinh mit phang (P) va tim
A=dyN(P), B=dyn(P). .
Duong thing A chinh la dudng thing qua

A, B.

Ta chon dap an
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Cau 140. Ta tim diém déc biet ciia bai toan va thay tam giac ABC vuong tai A. Mat khac:
MA+ MB < \/2(MA2 + MB?) = ABV?2
NA+NB < \2(NA2+ NB2) = ACV2
Chi ¥ rang dang thiic xay ra dugce bdi vi trong truong

= BM + MN + NC < (AB + AC) V2.

O
hop cac tam giac MAB, NAC vudng can va tam giac
ABC vuong thi A, M, N van thing hang.

Dé y thay AB = 6; AC =3nen AK =2KI = KM = 3
2KT. Vay IM = 3IK = M(—2;0; —2).

Do d6 dudng thing d khi d6 c6 @ = (1,0,1) //AM.

Ta chon dap an
Cau 141.

Goi A’ 1a hinh chiéu cta A tréen (P). Khi \\d
d6 duong thing d’ di qua diém A’ va ndm

trong (P). Goi G la hinh chiéu cia M
tren duong thing d’ va H la hinh chiéu

M

cia M trén (P). Ta c6 cac danh gié theo

quan hé vuong goc:

MH < MG < MA'. Dang thitc dé thay P p
déu xay ra.

Suy ra =

T:a+6:MA’+MH:§.

Ta chon dap an @

Cau 142. Goi M (a;b; ) thif hinh chiéu ctia M lén d 1a M’(0;0;1). Vay ta c6

d(M,0z) = Vb? + 2
d(M,d) = a2+ (c—1)
Dod662+02:a2—|—(—1)2<:>a2—bz+20—1
Khi d6 AM = /a2 4+ (b—4)"+2=20b—2)" + (c+1)>+6 > V6.
Ta chon dap an @
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