SO GIAO DUC & PAO TAO TP HCM PE THI HKII, KHOI 11, NAM HQC 2019-2020
TRUONG THPT TRAN KHAI NGUYEN Mon : TOAN
Thoi gian : 90 phiit (khéng ké thoi gian giao dé)

HovaTen:......ooviiii e, Sdbaodanh:.........coeeii Ma dé: 111
Céiu 1: [3 diém] Tim céac giéi han sau

3
a)Hm——lLiEi—— b) Hm(d2x2+x+1—J§x+2J§J

x>-4 —3x% —10X +8 11
2
0 lim X 3X+2 d) lim (\/4x2+2x—3+2x—1)
o X|x+]] X—>—o0
m?x®> +3mx+1  khi x=2

Chu 2: [1 diém] Cho ham s6 f(X)=1<4_. /32 13x+6 . Tim m dé ham s lién tyc tai X, =2.
khi x # 2
X—=2

Cau 3: [1 diém] Dung dinh nghia tim dao ham ctia ham s6 f (X) =+X+1 tai X, =1.

3_x2-3x+1 c¢6 db thi (C). Viét phuong trinh tiép tuyén ctia (C) tai

Vx2—3x+5

4x-1
Céiu 6: [3 diém] Cho hinh chdp S.ABCD c6 day ABCD la hinh vuéng tdm O, canh 2a. Canh bén SAvudng
gbc v6i mit day va SA=2a+/3.
a) Chung minh cac mat bén cta hinh chop S.ABCD la cac tam giac vudng
b) Chirng minh (SAC) 12 m3t phang trung truc ctia doan thang BD
¢) Tinh géc giira 2 mit phang (SBC)va (ABCD)
d) Goi H va K 1an luot 1a hinh chiéu vudng géc ciia A 1én canh SB,SC . Tinh géc giita AH va (SAC)
HET

Cau 4: [1 diém] Cho ham sb y:%x

diém c6 hoanh d¢ bang 3.

Céu 5: [1 diém] Tinh dao ham ctia ham sb y =



SO GIAO DUC & PAO TAO TP HCM PE THI HKII, KHOI 11, NAM HQC 2019-2020
TRUONG THPT TRAN KHAI NGUYEN Mén : TOAN
Thoi gian : 90 phiit (khéng ké thoi gian giao dé)

HovaTen:......oovviii e, Sdbaodanh:.........coeeii Ma dé: 112
Cau 1: [3 diém] Tim céc gidi han
3
a) Iim):;27 b) lim \/5x2+2x+1—\/§x+&
x>-3—3x2 —10X — 3 X 7

o 1im XX+ d) lim (\/9x2+4x—1+3x—2)

x>(-2)" X* +5X+6 X—>—o0
m2x2+2mx—l khi x=3
5—~/X*+3x+7

X—-3
Cau 3: [1 diém] Dung dinh nghia tim dao ham ctia ham s6 f (X)=+Xx+1 tai X, =2.

Cau 2: [1 diém] Cho ham s6 f (x)= . Tim m dé ham s lién tuc tai X, =3.

khi x =3

A 2 14 1 A . 4 4 4 .
Cau 4: [1 diém] Cho ham sé y =§x3 +x%=3x+1 co6 db thi (C). Viét phuong trinh tiép tuyén cua (C) tai

VX2 —5x+9
. 2x—-3
Cau 6: [3 diem] Cho hinh chop S.ABCD c6 day ABCD la hinh vuéng tdm O, canh 4a. Canh bén SAvudng
gbc véi miat ddy va SA=4a+/3.
a) Chuing minh cac mat bén cua hinh chop S.ABCD la cac tam giac vudng
b) Chimg minh (SAC) 1a mét phing trung truc ciia doan thang BD
¢) Tinh géc giira 2 mt phang (SCD)va (ABCD)
d) Goi H va K 1an luot 1a hinh chiéu vudng goc cia A 1én canh SD,SC . Tinh géc giita AH va (SAC)
HET

diém c6 hoanh d¢ bang —3.

Céu 5: [1 diém] Tinh dao ham ctia ham s6 y =



MA TRAN DPE

\ . ) Vén dung Cong
Chu de Nhén biét | Théng hiéu §
Thap Cao
GIOI HAN, Tinh giéi Tinh gidi han Tinh giéi han
DAY SO, han
HAM SO
S6 cau 2 1 1 4
So diem 1,5 0,75 0,75 3,0
HAM SO Tim tham s6 dé
LIEN TUC ham s lién tuc
tai mot diém
S6 cau 1 1
So diem 1,0 1,0
PINH NGHIA Viet phwong trinh
DAO HAM. tié]g tuyén tai mot
PHUONG diém
TRINH TIEP
TUYEN
S6 cdu 1 1
So diem 1,0 1,0
QUY TAC Dung dinh | Ding quy tdc dé
TINH bAO nghia tinh tinh dao ham, co
HAM. dao ham tai | cong thirc ham
mot diem hop.
56 cdu 1 1 2
So diem 1,0 1,0 2,0
PUON ] Chitng minh | Chirng minh Tinh goc giita hai | Tinh goc gitta
VUONG VOl | duong duong thang mdt phang duwong thang va
MAT, MAT thang vong | vong géc voi mt mat phang
VUONG VOI | gdc voi mat | phang.
MAT phang.
S6 cau 1 1 1 1 4
So diem 1,0 0,5 0,75 0,75 3,0
Tong s6 cdu 4 5 2 1 12
Tong so diem 3,5 4,25 1,5 0,75 10.0




HUONG DAN CHAM TOAN 11_Pé: 111

im gidi1 an amso |m— e 4ok
8 x>-4 —3x% —_10X+8 chi tiét
(0,75 diém) - xX+64 (X+4)(X2—4x+16)
>4 -3x* —10x+8 >4 (X+4)(-3x+2)
_ x*—4x+16
=lim ———
xo-4  —3X+2
_24
7
Cau 1b [A] Pidm
“m[ P \/_HZ\/_] chi tiét
(075 diém) | i (F Jix 22 j
= lim | |x 2+1+——f 22
X—>—00 X 11
= lim| -x 2+1+i2— 2X + \/_
X—>—00 X X 11
= lim x —/2+l ~J2+ 22
X X 11x
= 400
Vi Iirp X=-00 ; lim [— /2+— ——\/— 2\/_}:_2\/_ <0
Cau 1c [A] Tim gidsi b i X2 +3X+2 Piém
1m g101 han sau m ——- e 4ok
s ) x>(-1)° x|x+]4 chi tiét
2 2
(0,75 diém) | |j;; X *+3X+2
o XX+
_ lim (Xx+D(x+2)
> =X(X+1)
= lim XLZ
x—>(-1)7 =X
=1
Cau 1d [A] | Tim gii han lim (\/4x2+2x—3+2x—1)? Bién}
o chi tiét




(0,75 diém)

lim (\/4x2+2x—3+2x—1)
X—>—00

(\/4x2+2x—3+2x)( 4x2+2x—3—2x)
= lim

X0 ( 4x2+2x—3—2x)

-1

. 4x% +2x—3—4x%?
= lim -1
X—>—0 \/4x2 +2X—-3-2x

o \/x2(4+2—32j—2x
X X

= lim -1

X—>—00
X(Z—sj
= lim X _1

S /4+g—%—2x
X X

X(Z—g)
= lim X -1
22

X X

_2+§
= lim X -1
X—>—00 2 3

d+———+2

X X
-2+0 1 3

J4+0-0+42 = 2

Cau 2 [A]

m*x* +3mx+1  khi x=2
Cho hamsb f(x)=1,4_ . Tim m dé ham sb lién tuc tai

2
X +3Xx+6 Khi x £ 2

X—2

X =2.

0

Piém
chi tiet

(1 diém)

Taco f(2)= m?.22 +3m.2+1=4m? +6m+1.

_Jx? 16—(Xx*+3x+6
lim £ (x) = lim 22X 350 i ( )

X—2 X—>2 X—2 X—>2(X—2)(4+m)




2 _ —
_lim —x*—3x+10 _lim (x—2)(x+5)

x—>2(x_2)(4+M) X_)Z(X_Z)(LHm)
Stim S (248 7

Sladcraee) &8

Ham s6 lién tuc tai X, =2 khi va chi khi

5

Iin;f(x): f(2)c>4m2+6m+1:—%©4m2+6m+§:0<:>m:_68

Cau 3[A] | Dung dinh nghia tim dao ham ctia ham s6 f(X)=vx+1 tai x,=1. Piém
chi tiét
. Taco
(1 diém)
f(x)-f (L
-
x—1 X—=1
_jim X142
x—1 X=1
_lim X+1-2
Xl (x—l)(\/x+1+\/§)
. 1
=lim——
o1 x+1++/2
2
4
vay f'(1)= Q :
4
~ , 1 \ , , , X
Cau4[A] | Chohamsd y= S x> —x% —3x+1 c6 db thi (C). Viét phuong trinh tiép tuyén ctia (C) | Diém
, . chi tiéet
tai diém c6 hoanh dd bang 3.
(1diém) | ¥'=x"-2x-3
Goi (Xo; Yo) 14 toa do tiép diém.
Xg=3=Yg=-8
C6 1 tiép diém A(3;-8)
Hé s6 goc cua tiép tuyén tai A: k= '(3)=0
Phuong trinh tiép tuyén cta (C) tai A(3;-8):
y=k(x—Xg)+Yyg=y=0(x-3)-8=y=-8
Cau 5 [A] [(2 av. = Piém
Tinh dao ham cia ham sé y = XX —SX*° chi tibt
4x-1
(1 diém) | (\/x2 —3x+5) (4x-1)—vx? —3x+5(4x-1)
y =

(4x-1)?

(x2—3x+5)

_ 24x%2-3x+5

(4x-1)—4Vx* -3x+5

(4x-1)°




(2x—3)(4x—1)_4m
_ 2\/x2 —-3X+5

) (4x-1)2
(2x-3)(4x-1)-8(x* ~3x-+5)
2(4x-1)° Vx? =3x+5

_ 8x% —2x—12x+3-8x? + 24x— 40

2(4x—1)2 \Jx2—3x+5

10x—-37

2(4x—1)2 Jx2—3x+5

Cau 6 [A]

Cho hinh chop S.ABCD c¢6 day ABCD la hinh vudng tdm O, canh 2a. Canh bén SA
vuong goc voi mat day va SA= 2a+/3.
a) Chung minh cac mat bén cua hinh chop S.ABCD la cac tam giac vudng?
b) Ching minh (SAC) la mat phang trung tryc ctia doan thang BD ?
c) Tinh géc giita 2 mit phang (SBC)va (ABCD)?
d) Goi H va K 1an Iuot 1a hinh chiéu vudéng goc cia A 1én canh SB,SC . Tinh
goc gitra AH va (SAC)?

DPiém
chi tiet

(3 diém)

S

a) Taco
{SAJ_ (ABCD)

AB  (ABCD)
{SAJ_ (ABCD)

AD c (ABCD)
{BC 1 SA(doSA L (ABCD))

BC L AB(do ABCD lahinhvuong)

= BC L SB(doSB = (SAB))
= ASBC vudng tai B

= SA L AB = ASAB vuodng tai B
= SA L AD = ASAD vuong tai D

= BC L (SAB)




{CD 1 SA(doSA L (ABCD)) CD L (SAD)
=

CD L AD(do ABCDlahinhvuong)

= CD 1 SD(doSD = (SAD))

= ASCD vuodng tai D
b) Taco

BD L SA(doSA L (ABCD))
{BD L AC(do ABCDlahinhvuong )
Mit khéc O € (SAC) vé6i O la trung diém ciia BD
Vay (SAC) la mit phang trung truc cta BD.

c) Tinh goc gitta (SBC) va (ABCD)

(SBC)(ABCD)=BC

Trong (SBC),SB L BC

Trong (ABCD), AB L BC
= Géc gilra 2 mit phang (SBC) va (ABCD) bing goc gitta SB va AB va bang goc

= BD L (SAC)

SBA.
Xét tam gidc SBAvudng tai A:
tanSBAzﬁz 283 =3
AB 2a
= SBA=60°
Vay géc gilta 2 mit phiang (SBC) va (ABCD)bang 60°.
d) Tacéd

AH 1 BC(doBC L (SAB),AH = (SAB))

= AH 1 (SBC)
Ma SC < (SBC)

= AH 1 SC
Taco

SC L AH (cmt)
{SC L AK(gt)
= SC L (AHK)
= (SAC) L (AHK)
Trong (AHK), ké HI L AK tai I .
Ta co:
(SAC) L (AHK)
(SAC)N(AHK)=AK = HI L(SAC)
Trong (AHK), HI L AK
Hinh chiéu cia A Ién (SAC) la A.
Hinh chiéu cia H I&n (SAC) Ia I (vi HI L(SAC)tai I)
Hinh chiéu cia AH 1én (SAC) la Al .

{AH 1 SB(gt)

Suy ra géc giita AH va (SAC)bang géc giita AH va Al va bing goc HAI (: HAK).

8




Xeét tam gidc SAC vuong tai A, cO AK la duong cao:
1 1 1 1 1 5

Z2 "oz b 2= 7 T 2= 2
AK® SA° AC (Za\/g) (Za\/a 24a

_24at 2a+/30

= AK’
Xeét tam gidc SAB vuong tai A, c6 AH la duong cao:
1 1 1 1 1 1

AH? ~ABT SAT (2a) (2a43) TS

— AH?=3a’ = AH =a\/3
Xét tam giac AHK vuéng tai H

cosHAK:AH = aJﬁ :\/1_0
AK 2ay30 4
5

= HAK = 37°46'
Vay goc gita AH va (SAC) 1a HAK ~37°46".




HUONG DAN CHAM TOAN 11_DE 112

Céau 1a [B] X3+ 27 Diém chi
Tim gi6i han ham sé: lim ————— tiét
x>-3-3x* ~10x -3
O75diém) | . x*+27 . (x+3)(x* —3x+9)
>-3-3x* —10x—3 >3 (x+3)(-3x-1)
o X2 -3x+9
>3 —3x-1
2
8
Cau 1b [B] Piém chi

X—>—0

lim (\/SX +2x+1 \/_x+2\/—J tiét

X—>—0

= lim {|x| 5+2+X——f \7@}

(0,75 diém) lim (\/5X +2x+1 fx+2\/_)

X—>—00

= lim {—x 5+2+X——fx \/—)

X—>—00 X
= lim x(—‘/5+z+i2—\/§+&]
X—>—o0 X X X
= 400
Vi lim x=—o0 ; lim [— f5+g+i2—\/§+&]:—2\/§<0
X—>—00 X—>—00 X X 7X
A X|X+2 ‘2 :
Céu 1c [B] | Tim gioi han sau  lim M Diém chi
x>(-2) X* +5X+6 tiet
075 diém) | iy _XX+2
x>(-2 X* +5X+6 0,5+0,5
i —X(X+2) T
x->(-2)" (X+2)(X+3)
. —X
= lim —
x>(-2)” X+ 3
=2
Cau 1d[B] Tim gidi han lim (\/9x2 +4x—1+3x—2)? Dletlilé}tcm
X—>—0

10




(0,75 diém)

lim (\/9x2+4x—1+3x—2)
X—>—00

(\/9x2+4x—1+3x)( 9x2+4x—1—3x)
= lim

X—>—0o ( 9x? +4x—1—3x)

-2

. 9x% +4x—1-9x2
= lim -2
X—>=0 \/9x2 +4x-1-3x

o \/x2(9+4—12j—3x
X x

= lim -2
X—>—00

= lim

T x /9+ﬂ—i2—3x
X X

= lim

o —x( /9+4—12+3]
X X

= lim -2
X—>—00 4 1

-4+0 5 8

J9+0-0+3 3

Cau 2 [B]

m?x? +2mx—% khi x=3

. Tim m dé ham sd lién tuc tai
- 1C t2
5-4/X +?i3x+7 Khi x =3
X_

Cho ham sb f (x)=

X, =3.

Diém chi
tiet

(1 diém)

Taco f(3)= m?.3? +2m.3—%:9m2 +6m—%.

5-VX*+3x+7
X—3

2
i 25—(x +3x+7)

()5 x4 7)

lim f (x)=lim

X—3 Xx—3

11




—x?-3x+18 ) —(x=3)(x+6)

) IXi‘r’r3](x—3)(5+\/x2+3x+7) ) IXI‘r’]g(x—3)(5+\/x2 +3x+7)
fim——X#8) _-(3+6) 9

Ham s6 lién tuc tai X, =3 khi va chi khi

E‘

5+
lim f (x)= f(3)®9m2+6m—1=—3<:>9m2+6m+2=0©m: ot
x—3 2 10 5 15

Cau 3 [B]

Dung dinh nghia tim dao ham ctia ham sé f (X)=+/x+1 tai X, = 2.

Diém chi
tiet

@ diém)

f(x)-f(2) . x+1-43 . X+1-3
lim X—2 = lim X—2 _Ixm(x_z)(mJM/g)

Taco

. 1
=lim =

3
=2 x+1++/3 6

Vay f'(2)=—.

Cau 4 [B]

3

Cho ham s6 Y :%X +x%-3x+1 c6 dd thi (C). Viét phuong trinh tiép tuyén cua

(C) tai diém c6 hoanh d¢ bang —3.

Diém chi
tiet

(1 diém)

y'= x> +2x-3

Goi (Xo; Yo ) 1a toa do tiép diem.
Xp=—-3=Yy=10

C6 1 tiép diém A(-3;10)

Hé s6 goc cua tiép tuyén tai A: k= f'(-3)=0
Phuong trinh tiép tuyén ctia (C) tai A(-3;10):
y=k(x—Xg)+Yo=Yy=0(x+3)+10=y=10

Cau 5 [B]

\/x2—5x+9

Tinh dao ham cta ham s y =
2Xx—-3

DPiém chi
tiet

(1 diém)

(\/x2—5x+9) (2x—3)—\/x2—5x+9(2x—3)l

(2x—3)2

yI:

X2 —5X+9
(2 —5x+9)

_ 2Ux%2 -5x+9

(2x-3)—2vx? =5x+9

(2x—3)?
(2x=5)(2x=3) ;[ “sx+9
_ 2x®-5x+9
(2x—3)2

(2x-5)(2x~3)~4(x* ~5x+9)

2(2x—3)2 Jx2—-5x+9

12




_ 4x? —6x—10X+15—4x% +20x—36

2(2x—3)2\/x2 —-5x+9

4x-21

2(2x—3)2 Jx2-5x+9

Cau 6 [B]

Cho hinh chop S.ABCD c¢6 day ABCD la hinh vudng tdm O, canh 4a. Canh bén

SAvuodng goc véi mit day va SA=4a+/3.

a) Chirng minh cac mat bén cua hinh chop S.ABCD la c&c tam giac vubng

b) Chung minh (SAC) 1a mit phing trung truc ctia doan thang BD

c) Tinh géc giira 2 mit phang (SCD)va (ABCD)

d) Goi H va K lan luot 13 hinh chiéu vudng goc cua A 1én canh SD,SC . Tinh

goc gitra AH va (SAC)

Diém chi
tiét

(3 diém)

S

a) Taco
{SAL (ABCD)

AB c (ABCD)

SA L (ABCD)
{AD — (ABCD)

{BC 1 SA(doSA L (ABCD))

= SA 1 AB = ASAB vuodng tai B

= SA 1L AD = ASAD vuong tai D

— BC 1 (SAB)
BC L AB(do ABCDlahinhvuong)

= BC 1 SB(doSB < (SAB))
= ASBC vuodng tai B
CD L SA(doSA L (ABCD))
{CD 1 AD(do ABCDlahinhvuong)
= CD 1 SD(doSD = (SAD))

= ASCD vuong tai D
b) Taco

BD L SA(doSA L (ABCD))
BD L AC(do ABCD lahinhvuong)

= CD L (SAD)

= BD L (SAC)

13




Mit khéc O € (SAC) vé6i O la trung diém ciia BD
Vay (SAC) la mit phang trung truc ctia BD.
c) Tinh goc gitta (SCD) va (ABCD)
(SCD)(ABCD)=CD
Trong (SCD),SD LCD
Trong (ABCD), AD L CD
= Goéc giita 2 mt phiang (SCD) va (ABCD) béng goc gitta SD va AD va bang

goc SDA.
Xeét tam gidc SDA vuong tai A:

SA_4a\@_ﬁ

tan SDA=—=
AD 4a

= SBA=60°
Vay géc gilta 2 mit phiang (SCD) va (ABCD)bang 60°.
d) Tacéd
AH 1 SD(gt)
AH 1 CD(doCD L (SAD),AH —(SAD))
= AH L (SCD)
Ma SC = (SCD)

= AH 1 SC
Taco

SC L AH (cmt)
{SC L AK(gt)
= SC L (AHK)
= (SAC) L (AHK)
Trong (AHK), ké HI L AK tai | .
Ta c0:
(SAC) L (AHK)
(SAC)N(AHK)=AK = HI L(SAC)
Trong (AHK)), HI L AK
Hinh chiéu cia A Ién (SAC) la A.
Hinh chiéu cua H I&n (SAC) 1a I (vi HI L(SAC)tai I)
Hinh chiéu cua AH 1én (SAC) la Al .
Suy ra géc giita AH va (SAC)bang géc giita AH va Al va bing goc HAI (: HAK)

Xét tam gidc SAC vuong tai A, cO0 AK la duong cao:

1 11 1 1 5
AKZ SAZ ACZ z 7~ 962’
(4a\/§) (4a\/§) a
2
— AK? = 96a 0 AK = 4a\5/30

Xeét tam gidc SAD vuong tai A, cd AH la duong cao:

14




} 1 1 1

1 1 1
AH? ~ AD? SAT (4a)’ : (4a¢§)2 128

— AH? =12a? = AH =2a+/3
Xét tam giac AHK vuéng tai H

AH 2aJ3 10

cosHAK = = =
AK 4a30 4
5

= HAK ~37°46'
Vay goc gitta AH va (SAC) la HAK ~37°46".
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