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CHUYEN DE
HiNH HOC GIAI TICH TRONG MAT PHANG
§1: PHUONG TRINH PUONG THANG

1. Vecto chi phwong ctia dwdrng thing
Vecto i = 0 dwoc goi 1a vecto chi phwong cia dwong thing A néu gia ctia né song song hoic tring véi A.
Nhdn xét: - Néu 4 1a mgt VTCP cia Athi ki (k #0) ciing la mgt VTCP ciia A
- Mét dwong thdng hoan toan dwgc xdc dinh néu biét mét diém va mot VTCP.
2. Vecto phap tuyén ciia dworng thang
Vecto 7 = 0 dwoc goi 1a vector phap tuyén ctia dwdng thing A néu gia ciia né vudng goc véi A.
Nhdn xét: - Néu 7 1a mgt VTPT ctia Athi ki (k #0) ciing la mét VTPT ciia A
- Mét dwdng thdng hoan toan dwgc xdc dinh néu biét mét diém va mot VTPT.
- Néu 1 la mét VTCPva 7 la mét VTPT ctia Athi @ L 7.
3. Phwong trinh tham sé ctia dwong thing
Cho duong thang Adi qua M (z,;y,) vacé VICP i = (uj;u,).

x:xo—i—tul

Y=y, +u,

Phwong trinh tham s6 cua A: (1) (tla tham sé).

T =2, + tul
Nhdn xét: - M(x; y) [JA = [Jt [JR:

Yy =y, +tu,
- Goi k la hé s6 géc ctia A thi:
_ o T 0 Uy
+k=tana, véi a= zAv, az90" . + k==, Vi up = 0.
U
Yy v Yy

4. Phwong trinh chinh tic cia dwong thang
Cho dwong thing A di qua M (z);9,) vaco VICP @ = (u;;u,).

i A
U

Phwong trinh chinh tic cta A: (2) (uz 20, uz 20).
L)
Chu y: Trong truong hop u; = 0 hodc uz = 0 thi dworng thdng khdéng cé phwong trinh chinh tdc.
5. Phwong trinh tham sé cia dwong thang
PT az + by +c =0 voi a® +0% =0 dwoc goi 1a phwong trinh téng quat ctia duwdng thang.
Nhdn xét: - Néu A c6 phwong trinh ax + by +c =0 thi Acé:
VTPT la 7 = (a;b) va VTCP @& = (—b;a) hodc i = (b;—a).

- Néu Adi qua M(xy;y,) vacé VIPT 7i = (a;b) thi phwong trinh ctia Ala: a(r — ) +b(y —y,) =0
Cdc trwong hop ddc biét:
Caché sé Phwong trinh dwong thing A Tinh chit dwdng thing A
c=0 ar +by =0 Adi qua géc toa dé 0
a=0 by +c=0 A// 0x hodc A =0x
b=0 ax +c=0 A// Oy hodc A =0y

- Adi qua hai diém A(a; 0), B(0; b) (a, b #0): Phwong trinh cia 4: < +% =1.
a
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(phwong trinh dwong thang theo doan chdn).
* Adiqua diém M (x;y,) va cé hé sé géc k: Phwong trinh cia 4: y — y, = k(z — )

(phwong trinh dwong thdng theo hé sé géc)
6. Vi tri twong ddi cia hai dwong thing
Cho hai dwong thing Aq: oz +by+c =0vale apr +by+cy =0.
Toa d6 giao diém cta A; va Az 1a nghiém cta hé phwong trinh:
ar+by+c =0

1 (EA e
ayT +by+c, =0

. a, b ’
* Ay citA; = hé (1) cé mdtnghiém = —L = L (néu a,,by,c, = 0)

a4y %
A A ao b o
* A1 // B2 = hé (1) vonghiéme — = — = — (néu ay,b,,c, =0)
a by g
N oA N N a]. b]. c]. 5
*A1=A; = hé (1) cOvd sdnghiéme — = —=— (néu ay,b,,c, =0)
a b G

7. Géc gitra hai dworng thang
Cho hai dwong thang Ai: ayz + by +¢; =0 (c6 VTPT 7, = (a;;b))

valo: ayr +byy +cy =0 (c6 VTPT 71, = (ay30,)).

— |, 7y) khi (i, 7iy) < 90"

|180° =@y, 71y ki (7, 7y) > 90°

e - |a1a2 +b1b2|
cos(Ay, Ay) = cos(iiy,1i,y) = |ﬁ1|.|ﬁQ| - \/a12 +b12 .\/ag +b22

— nl .n2

Chuy: «4; U4, = ajay +bb, =0.
e Cho 4i: y = kyx +my, Lo y = kyx + m, thi:
+A1//A2v:»k1=k2 +A15A2<=k1.k2=—1.

8. Khoang cach tir mot diém dén mot dwong thang
» Khodng cdch tir mét diém dén mét dworng thang

Cho dwong thang A: az +by +c = 0 vadiém M, (z;y,) -

|ax0 + byo + c|

d(M,,A) =
( ’ ! \/a2+b2

* Vi tri twong déi ciia hai diém doéi véi mét dwong thang
Cho duwong thang A: az + by +c¢ = 0 vahai diém M(z,;y,,), N(zy;yy) DA
- M, N ndm cung phia d6i véiA < (az), +by,, + c)(azy +byy +¢) >0
- M, N ndm khac phia d6ivoiA < (ax,, +by,, +c)(azy +byy +¢) <0
e Phwrong trinh cdc dwérng phan gidc cia cdc géc tao béi hai dwong thang
Cho hai dwong thing A+: oz +by+e =0vadz ayr +by+c, =0 cit nhau.
Phwong trinh cac dwong phan gidc clia cac goc tao béi hai duwdng thing A; va A; 1a:

oT+by+ ¢ _:ta2m+b2y+02

[ 2,2 B [ 2,2
a1+b1 a2+b2
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VAN PE 1: Lap phwong trinh dwong thing

* D ldp phwong trinh tham s6 va phuwong trinh chinh tdc cia dwdng thang A ta cin xdc dinh mt diém M (z;y,)
Ava mot VTCP i = (uy;u,) ctia A

x
PTTS ctia A: ; PTCT cta A: = (u1 #0, uz #0).
Y=Y, + tu2 Uy Uy

:x0+t“1,

* Dé Idp phwong trinh téng qudt cia dwong thang A ta cdn xdc dinh mét diém M (z;y,) [J A va mét VTPT

7i = (a;b) ctia A PTTQ clia 4: a(x — xy) +b(y —y,) =0
* Mét s bai todn thwong gdp:

—T4 YUy

T
+ Adi qua hai diém A(z 4;y,) ,B(zgiyg) (véi x4 = x5, y, = yp): PTcia
Tp =%y Yp~Ya

+ Adi qua hai diém A(a; 0), B(0; b) (a, b #0): PT ctia 4: < +% =1.
a

+Adiqua diém M (x;y,) vacé hé s6 géc k: PT clia 4: y —y, = k(z — )
Chu y: Ta cé thé chuyén dbi giiva cdc phwong trinh tham sé, chinh tdc, téng qudt ciia mot dworng thdng.
e DE'tim diém M’ d6i xirng véi diém M qua dwong thdng d, ta cé thé thwc hién nhw sau:
Cdch 1: - Viét phwong trinh dworng thdng A qua M va vudng géc véi d.
-Xdcdinh1=d n A (I1a hinh chiéu ctia M trén d).
- Xdc dinh M’sao cho I la trung diém ctia MM .

Cdch 2: Goi I la trung diém ctia MM . Khi dé:

’ o
M’déi xitng ctia M qua d = MM L, (str dung toa dd)
Ied

* DEviét phwong trinh dwong thdang d’ déi xirng véi dwong thdng d qua dwong thdng 4, ta ¢ thé thwc hién nhw sau:
~Néud /) 4
+Ldy A [Jd. Xdc dinh A’dé6i xieng véi A qua A
+ Viét phwong trinh dwong thdng d’qua A’va song song véi d.
-Néudnd=1I:
+Ldy A [Jd (A #1). Xdc dinh A’ d6i xitng v&i A qua A
+ Viét phwong trinh dworng thdng d’qua A’va 1.
» DEviét phwrong trinh dwong thing d’déi xitng véi dwdng thdng d qua diém 1, A, ta cé thé thwc hién nhw sau:
- Ldy A [Jd. Xdc dinh A’ d6i xitng v&i A qua L.

- Viét phwong trinh dworng thdng d’qua A’va song song vdi d.
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BAI TAP
HT 1. Lap PTTS, PTCT (néu cd), PTTQ clia cac dwong thing di qua diém M va c¢6 VTCP # :
a)M(-2;3), 4 =(5-1) b) M(-1; 2), & = (—23) c)M(3;-1), & =(—2-5)

d) M(1; 2), @ = (5;0) e)M(7;-3), u=(0;3) f)M=0(0;0), & = (25)
HT 2. Lap PTTS, PTCT (néu cd), PTTQ cla cac dwong thing di qua diém M va c6 VTPT 7 :
a)M(-2;3), 7 =(5-1) b) M(-1;2), 7 =(—23) c)M(3;-1), i =(—2-5)
d) M(1; 2), 7i = (5;0) e)M(7;-3), 7 = (0;3) ) M=0(0; 0), 7i = (2:5)
HT 3. Lap PTTS, PTCT (néu c6), PTTQ cta cic dwong thing di qua di€m M va c6 hé sd goc k:
a) M(=3; 1), k=-2 b) M(-3; 4), k = 3 Q) M(5;2), k=1
d) M(-3; -5), k = -1 ) M(2; -4), k=0 f) M=0(0; 0, k = 4
HT 4. Lap PTTS, PTCT (néu c6), PTTQ cua cac dwong thang di qua hai diém A, B:
a) A(-2;4),B(1;0) b) A(5; 3), B(-2; -7) c) A(3;5), B(3; 8)
d) A(-2; 3), B(1; 3) f) A(0; 3), B(0; -2)
HT 5. Viét PTTS, PTCT (néu c6), PTTQ cla cac dwong thing di qua diém M va song song véi dwong thiang d:
) M(2;3), d: 4z — 10y +1=0 b) M(~1; 2), d = Ox ¢) M(4; 3),d =0y

e) A(4; 0),B(3; 0)

d) M(2;-3),d: M(0; 3), d:
) M(2;-3) {yzgw Q) M(0; 3),d:

-2
HT 6. Viét PTTS, PTCT (néu c6), PTTQ cla cic dwong thing di qua diém M va vudng gdc véi dwdng thing d:
a) M(2; 3), d: 4z — 10y +1=0 b) M(-1; 2), d = Ox ¢) M(4; 3), d =0y

y+4

-2

d) M(2; -3), d: e) M(0; 3), d:
y=3+4t

HT 7. Cho tam gidc ABC. Viét phwong trinh cic canh, cdc dwong trung tuyén, cac duwong cao cla tam giac voi:
a) A(2; 0), B(2; -3),C(0; -1) b) A(1; 4), B(3; -1), C(6; 2)

) A(-1;-1),B(1;9),C(% 1) d) A(4; -1), B(-3; 2), C(1; 6)
HT 8.

Cho tam giac ABC, biét phwong trinh ba canh ctia tam giac. Viét phwong trinh cdc dwdng cao ctia tam giac, véi:
a) AB:2:—-3y—1=0,BC:2+3y+7=0,CA:52—-2y+1=0

b) AB:2x4+y+2=0,BC:42+5y—8=0,CA:4x—y—8=0

HT 9. Viét phwong trinh cic canh va cac trung trwc clia tam gidc ABC biét trung diém cuia cac canh BC, CA, AB lan lwot
1a caAc diém M, N, P, v&i:

3 5 5 7
a) M(—l, —1), N(l, 9), P(g, 1) b) M[g,—g], N[E,—E], P(2,—4)

30 vl pa 3. T :
oot it ricn o w2 oL s

HT 10. Viét phuong trinh duwdng thang di qua di€ém M va chin trén hai truc toa do 2 doan bang nhau, véi:
a) M(-4; 10) b) M(2; 1) ¢) M(=3; -2) d) M(2; -1)

HT 11. Viét phwong trinh dwong thing di qua diém M va cing véi hai truc toa d6 tao thanh mot tam giac c6 dién tich S,
véi:
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a)M(-4;10),S=2 b)M(2;1),S=4 c)M(-3;-2),5=3 d)M(2; -1),S =4

HT 12. Tim hinh chiéu ctia diém M l1én dwong thing d va diém M’ d6i xirng véi M qua dwong thang d véi:
ayM(2;1),d:2z+y—3=0 b)M(3;-1),d:2x+5y—30=0

OM(4;1), d:z—2y+4=0 d)M(-5;13), d: 22— 3y —3 =0

HT 13. Lap phuong trinh dudng thing d’ddi xtirng véi duwdng thdng d qua dudng thing A, véi:
a)d:2z—y+1=0,A:3x—4y+2=0 b)d:z—2y+4=0,A:2x4+y—2=0

d:z+y—1=0,A:2—-3y+3=0 d)d:2z—-3y+1=0,A:2:—-3y—1=0

HT 14. Lap phuong trinh dwong thing d’d6i xirng véi dudng thing d qua diém I, véi:
a)d:2c—y+1=0,I(2;1) b)d:z—2y+4=0,I(-3;0)

Qd:z+y—1=0,1(0;3) d) d:2z—3y+1=0,I=0(0;0)

VAN PE 2: Cac bai toan dwng tam giac

D6 la cdc bai todn xdc dinh toa dé cdc dinh hodc phwong trinh cdc canh ciia mét tam gidc khi biét mot sd yéu td ciia
tam gidc dé. BE gidi logi bai todn nay ta thwong st dung dén cdc cdch dwng tam gidc.

Sau ddy la mét s6 dang:
Dang 1: Dwng tam gidc ABC, khi biét cdc dwong thdng chiva canh BC va hai dwdng cao BB/, CC’,
Cdch dung: - Xdc dinh B=BC n BB, C=BC n CC".
- Dwng AB qua B va vuéng géc véi CC”.
- Dung AC qua C va vuéng géc véi BB
- Xdc dinh A=AB n AC.
Dang 2: Dwng tam gidc ABC, khi biét dinh A va hai dwdng thdng chiva hai dwong cao BB, CC',
Cdch dung: - Dwng AB qua A va vuéng géc véi CC'.
- Dung AC qua A va vudng goc voi BB,
- Xdc dinh B=AB n BB, C=AC n CC".
Dang 3: Dung tam gidc ABC, khi biét dinh A va hai dwdng thdng chira hai dwong trung tuyén BM, CN.
Cdch dung: - Xdc dinh trong tdm G = BM n CN.
- Xdc dinh A’ d6i xitng véi A qua G (suy ra BA’// CN, CA’// BM).
- Dung dg qua A’va song song vai CN.
- Dung d¢ qua A'va song song véi BM.
- Xdc dinh B=BM ndg C=CN nde
Dang 4: Dung tam gidc ABC, khi biét hai dwong thdng chira hai canh AB, AC va trung diém M ctia canh BC.

Cdch dung: - Xdc dinh A =AB n AC.
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- Dung d; qua M va song song voi AB.
- Dwng d» qua M va song song véi AC.
- Xdc dinh trung diém I ctia AC: I = AC n d.

- Xdc dinh trung diém ] ctia AB: ] = AB n d..

- Xdc dinh B, C sao cho E = Xj, E = A—f

Cdch khdc: Trén AB ldy diém B, trén AC ldy diém C sao cho MB = —MC'.

BAI TAP

HT 15. Cho tam gidc ABC, biét phwong trinh mét canh va hai dwéng cao. Viét phwong trinh hai canh va dwong cao con
lai, v&i: (dang 1)

a) BC:4z+y—12=0,BB :50—4y—15=0,CC" : 22 +2y—9=0
b) BC :52—3y+2=0,BB :42—3y+1=0,CC" : 7Tz +2y—22=0
)BC:z—y+2=0,BB :22—Ty—6=0,CC" :Te—2y—1=0

d) BC:52—-3y+2=0,BB :20—y—1=0,CC" :2+3y—1=0

HT 16. Cho tam giac ABC, biét toa d6 mot dinh va phwong trinh hai dwong cao. Viét phwong trinh cic canh cia tam giac
doé, voi: (dang 2)

a) A(3;0), BB' :22+2y—9=0,0C" :3z—12y —1=0

b) A(1;0), BB :2—2y+1=0,CC" :324+y—1=0

HT 17. Cho tam gidc ABC, biét toa d6 mot dinh va phwong trinh hai dwong trung tuyén. Viét phwong trinh cac canh cia
tam giac do, véi: (dang 3)
a) A(;3), BM:2—2y+1=0,CN:y—-1=0

b) A(3;9), BM :3z —4y+9=0,CN :y—6 =0

HT 18. Cho tam giac ABC, biét phwong trinh mdt canh va hai dwong trung tuyén. Viét phwong trinh cac canh con lai cta
tam giac do, voi:
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a) AB:z—2y+7=0,AM :2+y—5=0,BN: 2z +y—11=0
D/s: a) AC : 162+ 13y —68 =0, BC : 172+ 11y — 106 = 0

HT 19. Cho tam gidc ABC, biét phwong trinh hai canh va toa dd trung diém cua canh thi ba. Viét phwong trinh ctia canh
thit ba, véi: (dang 4)
a) AB:2z+y—2=0,AC:2+3y—3=0, M(—11)

b) AB:2x—y—2=0, AC:z+y+3=0, M(3;0)
c)AB:zx—y+1=0, AC:2c+y—1=0, M(2;1)

d) AB:24+y—2=0, AC : 2z +6y+3 =0, M(—11)

HT 20. Cho tam giac ABC, biét toa d6 mot dinh, phwong trinh mot dwong cao va mét trung tuyén. Viét phwong trinh cac
canh cta tam giac d6, voi:
a) A(4;—1), BH : 22 —3y+12=0, BM : 20+ 3y =0

b) A2;—7), BH:3z+y+11=0,CN:2+2y+7=0
c) A0;—-2), BH :z—2y+1=0,CN:2z—y+2=0

d) A(-1;2), BH : 52 —2y—4=0,CN : 52+ 7y—20=10
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VAN PE 3: Vi tri twong déi ctia hai dwong thiang

Cho hai dwong thang A ayx + by + ¢, = 0 va Lg: ayx + by + ¢, = 0.
Toa do6 giao diém ctia 4; va 4z la nghiém ctia hé phwong trinh:
ar+by+c =0
1 1Y T4 W
ayT +byy+c, =0
p R . A i a b1 .
ey cat by = hé (1) c6 mot nghiém = — = — (néu ay,by,c, =0)
ay b
. . 5 ay bl G .
*4i// 82 = hé (1) v nghiém = — = — = — (néu a,,b,,c, =0)
Gy B G
R A x A a b1 G ”
* 4y =4; = hé (1) c6 v6 s6 nghiém = — = — = — (néu ay,by,c, =0)
a b G
Dé chitng minh ba dwing thdng dong qui, ta cé thé thwc hién nhw sau:
- Tim giao diém ctia hai trong ba dwong thdng.
- Chitng té dwirng thdng thir ba di qua giao diém doé.

BAI TAP
HT 21. Xétvi tri twong d6i clia cac cip dwong thing sau, néu ching cit nhau thi tim toa do giao diém ctia chiing:
a)2x+3y+1=0, 4z+5y—6=0 b)dr —y+2=0, —-8z+2y+1=0
x=>5+1t =442t : r=1-1 x=2+3t
y=-3+2t" |y=-7+3t y=-2+4+2t" |y=—-4-6t
HT 22. Cho hai dwong thing d va A. Tim m dé hai duwdong thing:
i) cat nhau ii) song song iii) trung nhau
a)d:mz—>5y+1=0, A:2r+y—3=0

b)d:2mz+(m—-1y—2=0,A:(m+2)x+2m+1)y—(m+2)=0

HT 23. Tim m dé ba dwong thing sau ddng qui:
a)y=2z—1, 3z + 5y = 8§, (m+ 8)z —2my = 3m

b) y =2z —m, y=—-z+2m, mr—(m-—-Lly=2m—1
HT 24. Viét phwong trinh dwong thing d di qua giao diém ctia hai dwong thing d; va d; va:
a)d :3x—-2y+10=0, d,: 42 +3y—7=0, d qua A1)

b) d; : 3z —5y+2=0,d,:52 -2y +4=0,d song song dy :2x—y+4=0

HT 25. Tim diém ma cic duwdng thing sau ludn di qua véi moi m:
a)(m—-2)x—y+3=0 b) mx—y+(2m+1)=0

c)mr—y—2m—1=0 d)(m+2)x—y+1=0
HT 26. Cho tam gidc ABC véi A(0; -1), B(2; -3), C(2; 0).
a) Viét phwong trinh cac dwong trung tuyén, phwong trinh cac dwong cao, phwong trinh cadc dwong trung truc cia
tam giac.
b) Chirng minh cac dwdong trung tuyén dong qui, cic dwong cao ddng qui, cic dwong trung trwc déng qui.

HT 27. Hai canh cda hinh binh hanh ABCD c¢é phwong trinh z — 3y = 0, 2z + 5y + 6 = 0, dinh C(4; -1). Viét phwong
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trinh hai canh con lai.
HT 28. Viét phwong trinh dwong thing di qua di€m M va cach déu hai diém P, Q voi:
a) M(2; 5), P(-1; 2), Q(5; 4) b) M(1; 5), P(-2; 9), Q(3; -2)

VAN PE 4: Khoang cach tir mét diém dén mot dwong thing

1. Khodng cdch tir mét diém dén mét dworng thang
Cho dwong thang A: ax +by +c = 0 va diém M(z;y,)-

azx, + by, + c|
d(My,A) = lezo + by +4
Va? + b
2. Vi tri twong déi ciia hai diém déi véi mét dworng thang
Cho dwdng thang 4: ax +by +c = 0 va hai diém M(x,;y,,), N(zy;yy) DA
- M, N ndm cting phia d6ivéi A < (az,, +by,, + c)(azy +byy +¢) > 0.
- M, N ndm khdc phia déivéi A < (az); +by,, + c)(azy +byy +¢) <0.
3. Phwong trinh cdc dwdng phén gidc ciia cdc goc tao béi hai dworng thang
Cho hai dwong thdng Ai: ayx + by + ¢, = 0 va Lz ayx + by + ¢, = 0 cdt nhau.

Phwong trinh cdc dwong phdn gidc ctia cdc géc tao béi hai dworng thdng 4; va 4; la:

oz +by+c :ia2x+b2y+62

,/af + b a5 + b

Chii y: D€ Igp phwong trinh dwdng phdn gidc trong hodc ngodi ctia géc A trong tam gidc ABC ta c6 thé thwce hién nhw
sau:

Cdch 1:

- Tim toa dé chdn dwong phdn gidc trong hodc ngoadi (dwa vao tinh chdt dwong phdn gidc ciia géc trong tam gidc).
Cho AABC véi dwong phdn gidc trong AD va phan gidc ngoai AE (D, E [JBC) ta co:

b5~ A8 56, BB =28 Fe.
AC AC

- Viét phwong trinh dwong thdng di qua hai diém.
Cdch 2:
- Viét phwong trinh cdc dwdong phén gidc dy, d: clia cdc géc tao béi hai dwong thing AB, AC.
- Kiém tra vi tri ctia hai diém B, C déi véi d; (hodc dz).
+ Néu B, C ndm khdc phia d6i véi d; thi dq la dwong phdn gidc trong.
+ Néu B, C ndm ciing phia déi véi d; thi d; la dwdmg phdn gidc ngodi.

BAI TAP

HT 29. Tinh khoang cach tir diém M dén dwong thing d, véi:

a) M(4;—5),d:3z—4y+8=0 b) M(3;5),d:z+y+1=0
r=21 x—2 y+1
c) M(4;-5), d: d) M(3;5), d: ==
) M) ) M), a2
HT 30.

a) Cho dwong thing A: 2z —y + 3 = 0. Tinh ban kinh dwdng tron tAm I1(-5; 3) va tiép xic voi A.

b) Cho hinh chit nhat ABCD cé phwong trinh 2 canh la: 22 — 3y +5=0, 3z +2y — 7 = 0 va dinh A(2; -3). Tinh

dién tich hinh chir nhat doé.

c) Tinh dién tich hinh vuéng c6 4 dinh nidm trén 2 dwdng thing song song: d:3r—4y+6=0 va

dy 16z —8y—13=0.

HT 31. Cho tam gidc ABC. Tinh dién tich tam gidc ABC, véi:
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a) A(-1; -1), B(2; -4), C(4; 3) b) A(-2; 14), B(4; -2), C(5; -4)

HT 32. Viét phwong trinh dwong thing d song song va cach dwong thing A mot khoang k, véi:

) A2 3—0,k=+5 ba T s
a 2r—y+o=0,k= -y=2+4t’ =

c)A:y—3=0, k=5 dA:z2—-2=0, k=4

HT 33. Viét phwong trinh dwong thing d song song véi dwong thing A va cach diém A mot khodng bang k, vai:
a) A:3z—dy+12=0, A2;3), k =2 b) Az +dy—2=0, A~2:3), k=3

) A:y—3=0, A(3;-5), k=5 d)A:z—2=0, A31), k=4

HT 34. Viét phwong trinh dwong thing di qua A va cach B mot khoang bang d, véi:

a)A(-1;2),B(3;5),d=3 b) A(-1;3),B(4;2),d=5
c) A(5;1),B(2;-3),d=5 d) A(3; 0), B(0; 4), d = 4.
HT 35. Viét phwong trinh dwong thing di qua diém M va cach déu hai diém P, Q, véi:
a) M(2; 5), P(-1; 2), Q(5; 4) b) M(1; 2), P(2; 3), Q(4; -5)
¢) M(10; 2), P(3; 0), Q(-5; 4) d) M(2; 3), P(3; -1), Q(3; 5)

HT 36. Viét phwong trinh dwong thing d cach diém A mot khoang bing h va cach diém B mot khoang bing k, véi:
a)A(1;1), B(2;3), h=2, k= 4 b) A(2; 5), B(-1;2), h=1, k=3

HT 37. Cho dwong thingA: z —y +2 = 0 va cac diém 0(0; 0), A(2; 0), B(-2; 2).
a) Chirng minh dwdng thdng A cit doan thing AB.

b) Chirng minh ring hai diém 0, A nim cung vé mot phia d8i véi dwong thing A.
c) Tim diém O’ d6i xtrng v&i O qua A.
d) Trén A, tim diém M sao cho do6 dai dudng gdp khic OMA ngdn nhat.

HT 38. Cho hai diém A(2; 2), B(5; 1). Tim diém C trén dwong thdng A: z —2y + 8 = 0 sao cho dién tich tam gidc ABC
bing 17 (dvdt).

HD: C(12;10), C[—~—].

HT 39. Tim tip hop diém.
a) Tim tap hop cac diém cach dwong thang A: —2z + 5y — 1 = 0 mot khodng bing 3.

b) Tim tip hop cic diém cich déu hai dwong thing d : 52 +3y—3=0, A:5z+3y+7=0.
¢) Tim tap hop cac diém cich déu hai dwdongthdng d: 4z -3y +2=0,A:y—3=0.

d) Tim tip hop cac diém c6 ti s6 cac khodng cach dén hai dwong thing sau bing % :

d:5xr—12y+4=0vaA:42—-3y—10=0 .

HT 40. Viét phwong trinh cac dwdng phan gidc ctia cac goc tao béi hai dwong thing:
a) 3x—4y+12=0, 12z +5y—20=0 b) 3x —4y—9=0, 8 —6y+1=0

cJz+3y—6=0, 3z+y+2=0 d)z+2y—11=0, 3z—-6y—5=0

HT 41. Cho tam gidc ABC. Tim tAm va ban kinh dwong tron ndi tiép tam gidc ABC, véi:
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a) A(-3;-5),B(4; -6), C(35 1) D/t st e

b)AB:22—3y+21=0, BC:2x+3y+9=0, CA:3z -2y —6=0D/s! scrrrrcvrrrrcrrirns

VAN PE 4: Goc giira hai dwong thing

Cho hai dwong thdng A ayx + by + ¢, =0 (c6 VTPT 7i, = (a;b)))

va Az: a, +byy +cy =0 (c6 VTPT 7, = (ay3h,) )

— |(#,,7,) khi (7, 7,) < 90°

(Al’AQ): 102 L ‘ H1 HQ 0
180" — (7, 7y)  khi (7i),7,) > 90

—

cos(A;,Ay) = cos(7iy, 7, ) = |

|n1.n2 _ |a1a2 —|—b1b2|
i ||ﬁ | \/ 2 2\/ 2 2
11-1"2 aj +b1. a, —|—b2

chiiy: - 0° < (A4, ] < 90,

e U4 < ajay +bb, = 0.
e Cho Ay: y = kjz +my, Lz y = kyx + my thi:
+ 01 /) Dy = ki=ks + 00y = ki ko =~-1.

e Cho AABC. D€ tinh gdc A trong AABC, ta c6 thé str dung cong thibkc:  cos A = cos(A-B?,R) = %
AB|.|AC

BAI TAP

HT 42. Tinh gdc giita hai dwong thang:
a)r—2y—1=0, z+3y—11=0 b) 2z —y+5=0, 3z+y—6=0

HT 43. Tinh s6 do cla cac goc trong tam gidc ABC, véi:
a) A(-3;-5),B(4;-6),C(3; 1)

B) AB:4x+3y+12=0, BC :3zx—4y—24=0, CA:3x+4y—6=0

HT 44. Cho hai dwong thing d va A. Tim m dé géc gitta hai dwong thang d6 bing a, véi:
a)d:2mz+(m—3)y+4m—1=0,A:(m—Dz+(m+2y+m—2=0, a = 45°.

b)d:(m+3)z—(m—1y+m—-3=0,A:(m—2)z+(m+1y—m—-1=0, a=90°.

HT 45. Viét phwong trinh dwong thing d di qua diém A va tao véi dwong thing A mot goc a, voi:
a) A(6:2), A:3z+2y—6=0, o = 45" b) A(—2:0), A:z+3y—3=0, a = 45"

) A2;5), Az +3y+6=0, a =60 d) A1;3), Atz —y =0, a = 30°

HT 46. Cho hinh vuéng ABCD c6 tam I(4; -1) va phwong trinh métcanhla 3z —y+5=0.
a) Viét phwong trinh hai dwong chéo ctia hinh vuéng.

b) Tim toa do 4 dinh ctia hinh vuéng.
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§2: PHWONG TRINH DPUONG TRON

1. Phwong trinh dwdng tron
Phuwong trinh dwong tron c6 tm I(a; b) va ban kinh R: (z — a)? + (y — b)* = RZ.
Nhdn xét: Phwong trinh 2+ y2 +2az +2by +c =0, voi a? +b2—c>0,
1a phwong trinh dwong tron tAm I(-a; -b), ban kinh R = va® +b> —c.

2. Phwong trinh tiép tuyén ctia dwong tron
Cho dwong tron (C) c¢6 tAm I, ban kinh R va dwong thing A.

A tiép xtic véi (C) = d(I,A) = R|

VAN PE 1: Xac dinh tAm va ban kinh ctia dwong tron

e Néu phwrong trinh dwong tron (C) ¢é dang:  (z — a)® + (y — b)> = R?
thi (C) co tam I(a; b) va bdn kinh R.
 Néu phwong trinh dwong tron (C) cé dang: 2 + y2 +2arx+2by+c=0
thi - Bién déi dwa vé dang (z — a)* + (y —b)* = R
hodc - Tam I(-a; -b), bdn kinh R = \a® +b° —c.
Chu y: Phwong trinh 2 + y2 + 2az 4 2by + ¢ = 0 la phwong trinh dwong tron néu thodmdn diéu kién:

A +b>—c>0.

BAI TAP
HT 47. Trong cac phwong trinh sau, phwong trinh nao la phwong trinh duwdng tron. Tim tam va ban kinh cia dwong
tron do:
2 2 _ 2 2 _
a)z +y —2x—-2y—2=0 b) 2° +y° —6x+4y—12=0
¢) 1622 +16y> + 16z — 8y = 11 d) 722 +7y? — 4z +6y—1=0

HT 48. Tim m d€ cac phwong trinh sau la phwong trinh dwéng tron:

a) x2+y2+4mx72my+2m+3:0
b) :v2+y2—2(m+l)x+2my+3m2—2:0

Q) 22 +y% —2mz—2m® =Dy +m* —2m* —2m®> —4m +1=0

VAN PE 2: Lap phwong trinh dwong tron

D€ ldp phwong trinh dwong tron (C) ta thwdng cdn phdi xdc dinh tadm I (a; b) va bdn kinh R ctia (C). Khi dé phwong
trinh dwong tron (C) la:

(2 =0 +(y—b7 = K

Dang 1: (C) ¢é tdm I va di qua diém A. - Bdn kinh R = IA.
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Dang 2: (C) ¢6 tadm I va tiép xiic véi dwong thang A~ - Bdn kinh R = d(I,A).
Dang 3: (C) cé dworng kinh AB.

- Tdm I la trung diém ctia AB.
- Bdn kinh R = A—2B

Dang 4: (C) di qua hai diém A, Bva cé tdm I ndm trén dwong thang A
- Viét phwong trinh dwdng trung truwe d ctia doan AB.
- Xdc dinh tdm I la giao diém ctia d va A
- Bdn kinh R = IA.
Dang 5: (C) di qua hai diém A, B va tiép xiic véi dwirng thdng A
- Viét phwong trinh dwdng trung truwe d ctia doan AB.

€d

I
- Tam I cta (C) thod mdn: d(1A) = IA

- Bdn kinh R = IA.
Dang 6: (C) di qua diém A va tiép xiic véi dworng thdng Atai diém B.
- Viét phwong trinh dwdng trung truwe d ctia doan AB.
- Viét phwong trinh dworng thdang A’ di qua B va vuéng goc véi A
- Xdc dinh tdm I la giao diém ciia d va 4’
- Bdn kinh R = IA.
Dang 7: (C) di qua diém A va tiép xiic véi hai dworng thdng A; va 4.

o Caray=dray)
- Tam I cia (C) thod man: d(I,A)) = IA (2)

- Bdn kinh R = IA.

Chiiy: - Mudn bé ddu GTTD trong (1), ta xét ddu mién mdt phdang dinh béi A, va 4, hay xét ddu khodng cdch
dai sé tir A dén Ay va Ay

-Néud, /) 4, tatinh R = %d(AI, A,), va (2) dwoc thay the boi IA = R.

Dang 8: (C) tiép xtic véi hai dwdng thdng A, Az va c6 tdm ndm trén dwdng thdng d.

d(I,A)) = d(I,A,)

- Tdm I cta (C) thod mdn:
dm I ctia (C) thod mdn Ied

- Bdn kinhR= d(I,A,).

Dang 9: (C) di qua ba diém khéng thdng hang A, B, C (dwong tron ngoai tiép tam gidc).
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Cdch 1: - Phwong trinh cta (C) c6 dang: 2+ y2 +2ax+2by+c=0 (*).
- Ldn lwot thay toa d6 ctia A, B, C vao (*) ta dwoc hé phwong trinh.
- Gidi hé phwong trinh nay ta tim dwoc a, b, c = phwong trinh ctia (C).

IA=1B

Cdch 2: - Tam I ctia (C) thod man: IA—IC

-Bdn kinhR=1A=IB=IC.

Dang 10: (C) ndi tiép tam gidc ABC.
- Viét phwong trinh ctia hai dwong phdn gidc trong ctia hai géc trong tam gidc
- Xdc dinh tdm I la giao diém ctia hai dwdng phdn gidc trén.

- Bdnkinh R= d(I,AB).

BAI TAP

HT 49. Viét phwong trinh dwong tron cé tdm I va di qua diém A, véi: (dang 1)
a)1(2;4),A(-1;3) b)I(-3;2),A(1;-1) ) I(-1;,0),A(3;-11)  d)I(1;2),A(5; 2)

HT 50. Viét phwong trinh dwong tron cé tm I va tiép xtic véi dudng thing A, véi: (dang 2)
a) I(3;4), A:dx—3y+15=0 b) 1(2;3), A: 5z —12y—7=0

c) I(-3;2), A=Ox d) I(-3;-5), A= 0Oy

HT 51. Viét phwong trinh dwong tron cé dwong kinh AB, véi: (dang 3)
a) A(-2;3),B(6;5) b) A(0; 1), C(5; 1) )A(-3;4),B(7;2)  d)A(5;2),B(3;6)

HT 52. Viét phwong trinh dwong tron di qua hai diém A, B va c¢6 tAm I ndm trén dwdng thang A, véi: (dang 4)
a) A(2;3), B(-1;1), A:xz—3y—11=0 b) A(0;4), B(2;6), A:x—2y+5=0

c) A(2;2), B(8;6), A:5z—3y+6=0

HT 53. Viét phwong trinh dwong tron di qua hai diém A, B va tiép xdc v&i dwong thang A, vaoi: (dang 5)
a) A(;2), B(34), A:3x+y—3=0 b) A(6;3), B(3;2), A:z+2y—2=0

c) A(-1;,-2), B(2;1), A: 2z —y+2=0 d) A(2;0), B(4;2), A =0y

D/S:1) ittt e e snaesenneD) ) et e e e

HT 54. Viét phwong trinh dwong tron di qua diém A va tiép xuc véi dudong thing A tai diém B, voi:  a)
A(=2;6), A: 3z —4y—15=10, B(1;—3) b) A(—2;1), A:3x—2y—6=0, B(4;3)

c) A(6;—2), A = Oz, B(6;0) d) A(4;-3), A:z+2y—3=0, B(3;0)
D/S:) ciriiiirnn e e e D) ] s
©) oo e e e e e ) P

HT 55. Viét phwong trinh dwong tron di qua diém A va tiép xuc véi hai dudng thdng A; va Az, voi:  a)
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A253), Ay i3z -4y +1=0, A, : 4z +3y—7=0
b) A(L;3), Atz +2y+2=0,A,:20 -y +9=0

) A=0(0,0), A iz +y—4=0,A:x+y+4=0
d) A(3;—6), A, =0z, A, = Oy
D/S1) e e D) ] e e

HT 56. Viét phwong trinh dwong tron tiép xtc véi hai dwong thing Aq, Az va c6 tAm ndm trén dwong thang d, véi:
a) A3z +2y+3=0,4,:22-3y+15=0,d:2—-y=0

b) Ay iz+y+4=0,A,:T2—y+4=0,d:42+3y—2=0
A idr—3y—16=0,A,:3z+4y+3=0,d:2x—y+3=0
d) A ide+y—2=0,A,:2+4y+17=0,d:x2—y+5=0
D/S:) vt e s e D) ] e

HT 57. Viét phwong trinh dwdng tron ngoai tiép tam giac ABC, véi: (dang 9)
a) A(2; 0), B(0; -3), C(5; -3) b) A(5; 3), B(6; 2), C(3; -1)

c)AB:2—y+2=0,BC:2x+3y—1=0,CA: 4z +y—-17=0

d) AB:z+2y—5=0,BC:2x+y—7=0,CA:z2—y+1=0

HT 58. Viét phwong trinh dwong tron noi tiép tam giac ABC, vi: (dang 10)
a) A(2; 6), B(-3; -4), C(5; 0) b) A(2; 0), B(0; -3), C(5; -3)

c) AB:2x—3y+21=0,BC:3x—-2y—6=0,CA:22+3y+9=0
d) AB:7x—y+11=0,BC:2x+y—15 CA: 7Tz + 17y +65=0

D/S:) civiiiiiinn e e s e D) ] e

VAN PE 3: Vi tri twong déi cia dwong thang d va dwong tron (C)

Dé bién ludn sé giao diém ciia dwong thdang d: Az + By + C = 0 va dwdng tron (C): 2? + 1% + 2z +2by+c=0, ta
c6 thé thwc hién nhw sau..

¢ Cdch 1: So sdnh khodng cdch tir tdm I dén d véi bdn kinh R.
- Xdc dinh tam [ va bdn kinh R ctia (C).

- Tinh khodng cdch tir I dén d.
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+d(I,d) < R = dcdat (C) tai hai diém phdn biét.
+d(I,d)=R < dtiép xtic véi (C).
+ d(I,d)> R = dva (C) khéng cé diém chung.
* Cdch 2: Tog dj giao diém (néu cd) ctia d va (C) la nghiém ctia hé phwong trinh:

Az +By+C =0
2 2 )
2+ y +2ax+2by+c=0

+ Hé (*) c6 2 nghiém = d cdt (C) tai hai diém phdn biét.
+ Hé (*) ¢6 1 nghiém = d tiép xic véi (C).

+ Hé (*) vé nghiém = dva (C) khéng c6 diém chung.

BAI TAP

HT 59. Bién luin theo m s8 giao diém ctia duwdng thing d va dudng tron (C), véi:
a)d:mzx—y—3m—2=0, (C’)::L"2 +2 —dz—2y=0

b) d:2z—y+m =0, (C)::132+y2—6m+2y+5:0
AQd:z+y—1=0(C):2>+* —22m+ 1)z —4y+4—m=0

d)d:mz+y—4m =0, (C’):z2+y2—2x—4y—420

VAN PE 4: Tiép tuyén ctia dwong tron (C)

Cho dwong tron (C) ¢é tdm I, bdn kinh R va dwong thing A

tiép xtic v6i (C) = d(I,A) =R
* Dang 1: Tiép tuyén tai mot diém M, (zy;y,) L (C).

-Adiqua M(z;y,) vacé VTPT IM,.
e Dang 2: Tiép tuyén cé phwong cho trwéec.

- Viét phwong trinh ctia A cé phwong cho trwée (phwong trinh chita tham sé't).
- Dwa vao diéu kién: d(I,A) = R, ta tim dwoc t. Ttr dé suy ra phwong trinh ciia A

* Dang 3: Tiép tuyén vé tir mgt diém A(z 45y ,) & ngoai dwdng tron (C).

- Viét phwong trinh ctia A di qua A (chiva 2 tham sd).
- Dwa vao diéu kién: d(I,A) = R, ta tim dwoc cdc tham s6. Ttr dé suy ra phwong trinh ciia A

BAI TAP

HT 60. Cho dwong tron (C) va dwong thing d.
i) Viét phwong trinh cac ti€p tuyén cia (C) tai cic giao diém cua (C) vdi cac truc toa  do.

ii) Viét phwong trinh tiép tuyén cta (C) vudéng goc vai d.

iii) Viét phwong trinh ti€p tuyén cta (C) song song vi d.

a) (C’):x2—|—y2—6x—2y+520,d:2x—y—|—3=0
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b) (C):2® +4? —42—6y=0,d:20—3y+1=0

HT 61. Cho dwong tron (C), diém A va dwong thing d.
i) Chirng t6 diém A & ngoai (C).

ii) Viét phwong trinh tiép tuyén cta (C) ké tir A.
iii) Viét phwong trinh ti€p tuyén cta (C) vudng goc vai d.

iv) Viét phwong trinh tiép tuyén cia (C) song song véi d.

a) (O):a?+1y? —42—6y—12=0, A-T;7),d: 3z +4y—6=0

b) (C):2° + 9% +4z -8y +10=0, A2;2),d:2+2y—6=0
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§3: ELIP

1. Pinh nghia
Cho Fy, F2 ¢8 dinh véi F F, = 2¢ (c > 0).
M € (E) & MF, + MF, =2a (a>¢)
Fi, F: cdc tiéu diém, EE, = 2c: tiéu cu.

2. Phwong trinh chinh tic cua elip

2 2
S (a>b>0,b%=a®—c?)
a2 v
* Toa d¢ cac tiéu diém: F (=¢0), E(c;0).

* V6iM(x y) O (E), MF,, MF, dwoc goila cic ban kinh qua tiéu diém ctia M.

MF, = a—i—Em, MF, = a—<g
a a
3. Hinh dang caa elip

* (E) nhén céc truc toa d6 1am cac truc do6i x&rng va géc toa do lam tdm d6i xéng.

* Toa do cac dinh: A (=a;0), Ay (a;0), B,(0;—-b), B,(0;0)

* D6 dai cac truc: truclom: A A, = 2a, trucnhé: B B, = 2b
-Tﬁmsaicﬁa(E):ezg (0<e<1)

* Hinh chit nhat co sé: tao b&i cac dwong thing » = +a, y = +b (ngoai tiép elip).

4. Pwong chuin caa elip (chwong trinh ndng cao)

< . R x , L oA A \ a
* Phuwong trinh cac dwong chuan A; rng véi cac tiéu diém Fila: 2 +—=10

e

MF,__ ME,

dM,A;)  d(M,A,)

« V6i M O (E) ta cé: (e<1)

VAN DE 1: Xac dinh cac yéu té caa (E)

2 2
Duwa phuong trinh ctia (E) vé dang chinh tdc: $—2 + y_2 =1.Xdcdinha, b, c.
a b
Cdcyéu té: - Dé dai truc Ién 2a, truc nhé 2b.

- Tiéu cw 2c.

- Toa d¢ cdc tiéu diém F(—c;0), F,(c;0).

- Tog dj cdc dinh A (—a;0), A,(a;0), B (0;=b), B,(0;0).

. . c
-Tamsai e = —.
a

- Phwong trinh cdc dwong chudn x + -0
e

BAI TAP
HT 62. Cho elip (E). Xac dinh do6 dai cac truc, tiéu cw, toa dd cac tiéu diém, toa dd cic dinh, tAm sai, phwong trinh cac
dwong chuin cda (E), véi (E) c6 phwong trinh:
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2 2 2 2 2 2 2 2

a) 4+ = b+ =1 e ) A A
9 4 16 9 25 9 41

e) 1622 + 25> = 400 ) a?+4y> =1 g 422 + 92 =5 h) 922 +25y% =1

VAN PE 2: Lap phwong trinh chinh tic ciia (E)

DE'ldp phwong trinh chinh tdc ctia (E) ta cdn xdc dinh dé dai cdc nira truc a, b ctia (E).

Chii y: Cong thikc xdc dinh cdc yéu td cua (E):

s =a’—c? +e=% + Cdc tiéu diém F,(—¢;0), Fy(c;0)
a
+ Cdc dinh: A (=a;0), Ay(a;0), B,(0;—-b), B, (0;0)
BAI TAP

HT 63. Lap phwong trinh chinh tic cta (E), biét:
a) P6 dai truc 16m bing 6, truc nho bang 4.

b) Do dai truc 16m bang 10, tiéu cw bang 6.

c) Do dai truc 1ém bang 8, dd dai truc nhé bing tiéu cu.
d) Tiéu cy bang 8 va di qua diém M (\/E;—l) :
¢) D6 dai truc nhé biing 6 va di qua diém M (—24/5;2).

e) Mot tiéu diém 13 Fl(—2;0) va do dai truc 1én bang 10.

3

f) Mot tiéu diém 1a 7, (—/3;0) va di qua diém M[l;7].
2

g) bi qua hai diém M (1;0), N{?;l

h) i qua hai diém M (4;—/3), N (24/2;3).

HT 64. Lap phwong trinh chinh tic cta (E), biét:

a) Do dai truc 16n bing 10, tAm sai bing g
b) Mot tiéu diém la F)(—8;0) va tam sai bang 4
5
c) Do dai truc nhé bang 6, phwong trinh cac dwong chuin 1a :1:\/? +16 =0.

d) Mot dinh la A, (—8;0), tdm sai bang %

e) Pi qua diém M[Q;—g] va c6 tAm sai bing %

VAN PE 3: Tim diém trén (E) thoa min diéu Kkién cho trwéc
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Chti y cdc cong thikc xdc dinh dé dai bdn kinh qua tiéu diém ciia diém M(x; y) [J(E):

MF, :a+£m, MF, —a-Sg
a

a

BAI TAP

HT 65. Cho elip (E) va dwong thing d vudng gdc vai truc 1én tai tiéu diém bén phai E, cat (E) tai hai diém M, N.

i) Tim toa do cac diém M, N. ii) Tinh MF,, MF,, MN .

a) 922 +25y% =225 b) 922 +161° = 144 ) 722 +16y° =112

HT 66. Cho elip (E). Tim nhirng diém M O (E) sao cho:
i) MF, = MF, ii) MF, = 3MF] iii) MF, = 4MF,

a) 922 +25y% =225 b) 922 +161° = 144 ) 7z% +16y° =112

HT 67. Cho elip (E). Tim nhitrng diém M O (E) nhin hai tiéu diém dwdi mét goc vudng, vai:

a) 922 +25y% =225 b) 922 +161° = 144 ) 722 +16y° =112
HT 68. Cho elip (E). Tim nhitng diém M O (E) nhin hai tiéu diém duéi mot goc 607, voi:

a) 97° +25y% = 225 b) 922 +16y° = 144 ) 72® +16y% =112

§4 PHUONG TRINH HYPEBOL

1. Pinh nghia
Cho Fy, F2 ¢8 dinh véi F F, = 2¢ (c > 0).

M € (H) < |MF, — ME,| = 2a (a<¢
F;, F2: cdc tiéu diém, K FE, =2c:tiéu cy.
2. Phwong trinh chinh tic caa hypebol
2 2
S (a,b >0, 0% = ¢ —d?)
a® b
 Toa d0 céc tiéu diém: F(=¢0), F,(c;0).
* V6iM(x y) O (H), MF,, MF, dwoc goila cac ban kinh qua tiéu diém clia M.
MF, = a—l—Em , ME, = a—Em
a a
3. Hinh dang cua hypebol
¢ (H) nhan céc truc toa do 1am cac truc do6i xirng va géc toa d6 lam tAm doi xing.
* Toa d6 cac dinh: A (=a;0), A, (a;0)
* b6 dai cac truc: truc thwe: 2a, truc do: 2b

» Tam sai cda (H):e = £ (e>1)
a

* Hinh chit nhit co sé: tao bé&i cic dwong thing z = +a, y = £b.

N . R A A b
* Phwong trinh cac duwong tiém can:y = +—z.
a

4. Pwong chuin cia hypebol
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N ; N » . SIS . p N a
* Phwong trinh cac dwong chuan A; tng véi cac tiéu diéfm Fila: z+—=0
e

) ME ME,
* V&i M O (H) ta cé: = =e (e<1)
dM,A))  d(M,A,)

VAN DE 1: Xac dinh cac yéu té caa (H)

2 2
Duwa phwong trinh cta (H) vé dang chinh tdc: 1:_2 — y_2 =1.Xdcdinha, b, c.
a b
Cdcyéu té: - Do dai truc thuce 2a, truc do 2b.

- Tiéu cw 2c.

- Toa d¢ cdc tiéu diém F(—c;0), F,(c;0).

- Toa d§ cdc dinh A (—a;0), A,(a;0).

. . c
-Tamsai e = —.
a

s . \ A b
- Phwong trinh cdc dwong tiémcdn: y = +—z
a

- Phwong trinh cdc dwong chudn x + L9
e
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BAI TAP
HT 69. Cho hypebol (H). Xac dinh dé dai cac truc, tiéu cw, toa dd cac tiéu diém, toa d6 cac dinh, tAm sai, phwong trinh
cac dwong tiém can, phwong trinh cac dwong chuin cia (H), véi (H) ¢6 phwong trinh:

2 2 2 2 2 2 2 2

a) YL =1 b= gL =1 L=
9 16 16 9 25 9 4 1

e) 1622 — 25y = 400 f) 2? — 4y =1 g) 42 —9y* =5 h) 92° — 25y =1

VAN PE 2: Lap phwong trinh chinh tic ciia (H)

DE'ldp phwong trinh chinh tdc cta (H) ta cdn xdc dinh dé dai cdc nika truc a, b ctia (H).

Chii y: Cong thikc xdc dinh cdc yéu t6 ctia (H):

= —a +e== + Cdc tiéu diém F,(—¢;0), Fy(c;0)
a
+ Cdc dinh: A (=a;0), A,(a;0)
BAI TAP

HT 70. Lap phwong trinh chinh tic cta (H), biét:
a) Do dai truc thuc bing 6, truc 4o bang 4.

b) P dai truc thuc bang 8, tiéu cu bing 10.

¢) Tidu cw bing 2413, mot tiém cin 13 y — %m .
A s s A s 13
d) b6 dai truc thyc bang 48, tam sai bang TR

e) Pd dai truc 4o bing 6, tAm sai bang %

HT 71. Lap phwong trinh chinh tic ctia (H), biét:
a) Mot dinh 13 A(5; 0), mot tidu diém 13 F(6; 0).

b) Mot tiéu diém 12 F(-7; 0), tAm sai e = 2.
¢) (H) di qua hai diém M (2,76 ), N(=3;4).

d) Do dai truc thuc bang 8 va di qua diém A(5; -3).

e) Tiéu cw bing 10 va di qua diém A(-4; 3).
f) C6 clng tiéu diém véi elip (E): 102”2 + 36y2 — 360 = 0, tAm sai bing %

HT 72. Lap phwong trinh chinh tic cta (H), biét:
a) Mot dinh la A(-3; 0) vamottiémcanlad: 2z —3y =0.

05

b) Hai tiém can la d: 2z + y = 0 va khoang c4ch giita hai dwdng chuin bang =

c) Tiéu cu bang 8 va hai tiém can vudng goc véi nhau.
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d) Hai tiém canla d: 3z + 4y = 0 va hai dwong chuidnlaA: 5z +16 =0.

e) Di qua diém E(4; 6) va hai tiém can 1a d: v/3z £y = 0.

VAN DE 3: Tim diém trén (H) thoa min diéu kién cho trwérc

Chii y: » Cdc céng thirc xdc dinh dd dai bdn kinh qua tiéu diém cta diém M(x; y) [J(H):

C
a——x
a

MF, =

a+£m7MF2 =
a
e Néu M thudc nhdnh phdi thi x =>a
= ME, = 2 +a, MF, = %2 —a (MF; > MF;)
a a

e Néu M thudc nhdnh trdi thi x <-a

= MF, = _[£x+a], MF, = —[Ex—a] (MF1 < MF2)
a a

BAI TAP
HT 73. Cho hypebol (H) va dwong thang d vudng goc voi truc thu tai tiéu diém bén trai F} cat (H) tai hai diém M, N.
i) Tim toa do cac diém M, N. ii) Tinh ME,, MF,, MN .
a) 162° — 9y =144 b) 1222 — 44> = 48 ¢) 1022 + 363> — 360 = 0

HT 74. Cho hypebol (H). Tim nhirng diém M O (H) sao cho:

i) ME, = 3MF, ii) MF, = 3MF, iii) MF, = 2MF, iv) ME, = 4MF,
2 2 2 2 2 2 2
x Yy x Yy x Yy x 2
a) — L =1 b) — - =1 -t =1 d) -y =1
CRT: I VR e

HT 75. Cho hypebol (H). Tim nhitng diém M O (H) nhin hai tiéu diém dwéi mot géc vudng, véi:
2 2 2 2 2 2 2
z 2 ol Y z Y z Y
)l =1 by -4 =1 gl L ) e
) 4 Y ) 9 4 ) 4 12 ) 9 16

HT 76. Cho hypebol (H). Tim nhirng di€ém M O (H) nhin hai tiéu diém dwéi mot goc a, véi:
2 2 2 2 2 2

a) - —1 a =120 by L —1 a=120° g L -1 a=60
4 5 36 13 16 9
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1. Pinh nghia
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Cho diém F va dudng thdng A khéng di qua F.

M € (P) < MF = d(M,A)

F: tiéu diém, A: dworng chudn,

2. Phwong trinh chinh tic ciia parabol

y* = 2pz (p>0)
« Toa do tidu diém: F [g;o] .

* Phwong trinh dwong chudn:A: z + P_y.

« V6i M(x; y) O (P), ban kinh qua tiéu diém cta M1a MF =z + 2.
3. Hinh dang ciia parabol

* (P) nim vé phia bén phai cda truc tung.

¢ (P) nhan truc hoanh lam truc ddi xirng.

* Toa do6 dinh:

0(0;0)
e Tam sai: e = 1.

p =d(F,A): tham s tiéu.

VAN DE 1: Xac dinh cac yéu té caa (P)

Duwa phuong trinh cia (P) vé dang chinh tdc: y* = 2px . Xdc dinh tham s6 tiéu p

Cdcyéuts: - Toa do tiéu diém F [g;o] .

- Phwong trinh dwong chudn A: x +§ =0.

BAI TAP

HT 77. Cho parabol (P). X4ac dinh toa do tiéu diém va phwong trinh dwdrng chuin cta (P), véi:

a)(P):yZ:Gz b)(P):yZ:ZIC)(P):yQ:l&U d)(P):yzzx

VAN PE 2: Lap phwong trinh chinh tic cia (P)

DE'ldp phwong trinh chinh tdc cta (P) ta cdn xdc dinh tham sé'tiéu p cta (P).

Chii y: Céng thirc xdc dinh cdc yéu té ctia (P):

- Toa d¢ tiéu diém F [%;O] - Phwong trinh dwong chudn A: x + P_y.

BAI TAP

HT 78. Lap phwong trinh chinh tic cta (P), biét:

a) Tiéu diém F(4; 0) b) Tiéu diém F(3; 0) ¢) Di qua diém M(1; -4)
c) Puwong chudnA: z+2 =10 d) Puong chudnA: 1 +3=0 e) Di qua diém M(1; -2)
HT 79. Lap phwong trinh chinh tic cta (P), biét:

a) Tiéu diém F trung vé6i tidu diém bén phai cta elip (E): 52° + 9y = 45.
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b) Tiéu diém F tring véi tiéu diém bén phai ciia hypebol (H): 1622 — 9y> = 144 .

¢) Tiéu diém F trung véi tAm cta dwong tron (C): 22 — 6z + y2 +5=0.

VAN PE 3: Tim diém trén (P) thoa min diéu kién cho trwéc

Chii y: Cong thikc xdc dinh d6 dai bdn kinh qua tiéu diém ctia diém M(x; y) [J(P):

MF=z+2
2
BAI TAP
HT 80. Cho parabol (P) va duwdng thang d vudng goc véi truc ddi xirng tai tiéu diém F cat (P) tai hai diém M, N.
i) Tim toa do cac diém M, N. ii) Tinh MF, MN .
a2 2 L2 L2
a) (P):y” =6z b) (P):y” =2z c) (P):y” =16z d) (P):y" ==

HT 81. Cho parabol (P).
i) Tim nhitng diém M O (P) cach tiéu diém F mot doan bang k.

ii) Chon M c6 tung d6 dwong. Tim diém A O (P) sao cho AAFM vuong tai F.

a) (P):y? =8z, k=10 b) (P):y? =2z, k=5 Q) (P):y? =16z, k=4

HT 82. Cho parabol (P) va duwdng thang d c6 hé s goc m quay quanh tiéu diém F clia (P) cat (P) tai hai diém M, N.
i) Chimg minh z,,.7,, khong doi.

ii) Tinh MF, NF, MN theo m.

a) (P):y2:4x b) (P):y2:2x ) (P):y2:161: d) (P):yzzzr
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ON TAP

HT 83. Cho ba diém A(2; 1), B(-2; 2), M(x; y).
a) Tim hé thirc gitra x va y sao cho tam giac AMB vuong tai M.

b) Tim phwong trinh tham s§ va phwong trinh téng quat cia dwong trung trwc doan AB.
¢) Tim phwong trinh ctia dwong thdng d di qua A va tao v&i AB mot goc 60 .
HD: a) 2> +y> —3y—2=0b) 82 —2y+3=0

0 (43 F1)s—(3+4)y+6-73=0

HT 84. Cho ba dwdng thang dy:3c+4y—12=0,dy:30+4y—2=0,dy :2-2y+1=0.

a) Chirng t6 rang d; va dz song song. Tinh khoang cach gitra d; va d..
b) Tim phwong trinh dwong thing d song song va cach déu d; va d; .

¢) Tim diém M trén ds cach d; mot doan bang 1.

HD: a) 2 b) 3x+4y—7=0 c) M(3; 2) hodc M(1; 1)
HT 85. Cho diém A(2; -3) va hai dudmg thing d -1 " ¢ . |* = °+4
. o diém A(2; -3) va hai dudng thang d : y——3+m’ Ny= 743"

a) Viét phwong trinh tham s6 ctia dwdong thang A di qua A va cit d, d 'tai B, B’ sao cho AB = AB'.
b) Goi M 1a giao diém cta d va d’. Tinh dién tich cla tam gidc MBB'.

T =246t
HD: a) A: b)S=5
y=—-3+2t

HT 86. Cho dwong thang dm: (m —2)z + (m — 1)y +2m —1=0.
a) Chirng minh rdng d, ludn di qua mdt diém cé dinh A.

b) Tim m d€ d, cit doan BC vé&i B(2; 3), C(4; 0).
¢) Tim phwong trinh dwong thing di qua A va tao véi BC mot goc 457

d) Tim m dé dwong thang d., ti€p xtc véi dwong tron tdm O ban kinh R = V5.
8 3 4
HD: a) A(1; -3) b);gmgg c)z+5y+14=0,52—y—8=0 Md)m:3,m:§

HT 87. Cho ba diém M(6; 1), N(7; 3), P(3; 5) Ian lwot 1a trung diém ctia ba canh BC, CA, AB ctia tam gidc ABC.
a) Tim toa do cac dinh A, B, C.

b) Tim phwong trinh c4c trung tuyén AM, BN, CP.
¢) Tinh dién tich ctia tam giac ABC.
HD: a) A(4; 7), B(2; 3), C(10; -1)

b) 3z +y—19=0,y=3 62+ 7Ty—53=0 ¢)S=20

HT 88. Cho tam gidc ABC c6 A(8; 0), B(0; 6), C(9; 3). Goi H 1a chan dwdng cao vé tir C xuéng canh AB.
a) Tim phwong trinh canh AB va dwong cao CH.
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b) Goi I, K1an lwot 12 hinh chiéu ctia C trén Ox va Oy. Chirng minh I, H, K thing hang.

HT 89. Cho ba diém A(0; -1), B(4; 1), C(4; 2). Viét phwong trinh dwong thang d khi biét:
a) d di qua A va khoang cach tir B dén d bing hai 1an khoang cach tir C dén d.

b) d di qua C va cat cac truc Ox, Oy lan lwot tai E va F sao cho: @ + E =-3.

c) d di qua B, ct cac truc Ox, Oy lan lwot tai M, N véi zy; >0,y > 0 vasao cho:

i) OM + ON nho nhit ii) 1 + nho nhit.
OM?  ON?
HD:a) z—y—1=0,2z—-3y—3=0 b)2z—y—6=0,z2—4y+4=0
c)i) z+2y—6=0 ii) 4z +y—-17=0

HT 90. Viét phwong trinh cic canh cia tam gidc ABC, biét:
a) binh B(2; 6), phwong trinh mgt dwong cao va mot phan giac vé tir mot dinh la:

T—Ty+15=0,To+y+5=0

b) Pinh A(3; -1), phwong trinh mdt phin gidc va mot trung tuyén vé tir hai dinh khac nhau Ia:
r—4y+10=0, 62 4+ 10y —59 = 0.

HD: a) 42 —-3y+10=0,7Tc+y—20=0,3z+4y—5=0
b) 2z +9y—65=0,62—7y—25=0,182+13y —41=0

HT 91. Cho hai diém A(3; 4), B(-1; -4) va duong thing d : 3z +2y—7 = 0.
a) Viét phuwong trinh dwong tron (C) qua A, Bvacé tim 1 0d.

b) Viét phwong tiép tuyén cia (C) ké tir diém E [%;4

. Tinh d6 dai cua tiép tuyén d6 va tim toa do tié€p diém.
c) Trén (C), 14y diém F ¢6 z,, = 8. Viét phwong trinh dwong tron (C') d6i xing véi (C) qua dwong thang AF.
HD: a) * +y* — 62 +2y—15=0

b) y—4=0 dz—3y+10=0,d= g tiép diem (3 4), (-1; 2)

) (C): 2* +1° — 162 — 8y +55 =0

HT 92. Cho dwong cong (Cn): 22 + 9> +mz —4dy—m+2=0.
a) Chirng minh rdng véi moi m, (Ci) ludn 13 dwong tron va (Cu) ludn di qua 2 diém cd dinh A, B.

b) Tim m @& (Cm) di qua gdc toa dd O. Goi (C) 1a dwong tron (rng véi gia tri m vira tim dwoc. Viét phwong trinh
dwong thdng A song song véi dwong thang d : 4z + 3y —5 = 0 va chan trén (C) mot day cung cé do dai bang 4.

c) Viét phwong trinh tiép tuyén cta (C) cé vecto chi phwongla @ = (—2;1).

d) Tim m dé (Cn) tiép xtic v&i truc tung. Viét phwong trinh duwdong tron ng véi m doé.

HD: a)A(1; 1), B(1; 3)
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b)m=2,(C): 2* +y* +20—4y=0, A 142 +3y—8=0,A, 14z + 3y +7 =0
c)z+2y—8=0,z+2y+2=0d)m=-2, x2+y2—2$—4y+420

HT 93. Cho dwong cong (Cy): 2 + y2 —2xcost —2ysint +cos2t =0 (0<t<T.
a) Chirng t6 (C¢) la dwong tron véi moi t.

b) Tim tap hop tAm I cta (C¢) khi ¢ thay déi.

c) Goi (C) 1a dwong tron trong ho (C¢) ¢6 ban kinh 1én nhét. Viét phwong trinh cta (C).

d) Viét phwong trinh tiép tuyén cta (C) tao véi truc Ox mot goc 459
HD: b)x2+y2:1 c) t:%,(C):z2+y2—2y—1:0
dz—y—-1=0,z2+y+1=02—y+3=0,z2+y—3=0

HT 94. Cho hai dwongthang d, : 2 -3y +4=0,d,:3z+y+2=0.

a) Viét phwong trinh hai dwong tron (C1), (C2) qua goc toa do O va tiép xic véi ds, dz. Xac dinh tAm va ban kinh cia 2
dwong tron dé. Goi (C1) la dwdng tron cé ban kinh 16n hon.

b) Goi A va B1a tiép diém cia (C1) v&i d; va do. Tinh toa d ctia A va B. Tinh géc AOB.

c) Viét phwong trinh dwong thing A cit (C1) tao ra 1 diy cung nhan diém E(4; -2) 1am trung diém.

d) Trén dwong thing dy 13z +y—18 =0, tim nhirng diém ma tir d6 vé dwoc 2 tiép tuyén cla (C1) vudng goc véi

nhau.

HD: a) (C)):2* +y* — 62 +2y =0, (C,) : 52® +5y* + 22 — 6y = 0

b) A(2; 2), B(0; -2), AOB=135" &) & z—y—6=0 d) (5:3), (7; -3)

HT 95. Cho dwong tron (C) di qua diém A(1; -1) va tiép xtic véi duong thang A:  +2 = 0 tai diém B c6 y, = 2.
a) Viét phuwong trinh dwong tron (C).

b) M6t dwdrng thing d di qua M(4; 0) va c6 hé s6 goc k. Bién luan theo k s6 giao diém ctia d va (C).

HD: a) 2° +y> —20—4y—4=0

b) k < : 2 diém chung, k = —: 1 diém chung, k > — : khéng diém chung
12 12 12
HT 96. Cho elip (E): 42° + 95> —36 = 0.
a) Xac dinh d6 dai cac truc, tiéu cw, tAm sai, toa do cac tiéu di€ém, toa do cac dinh cta (E).
b) Tinh dién tich hinh vudng c6 cic dinh 1a giao diém cta (E) v&i 2 dwdng phin gidc cac goc toa do.

HD: b)s= 14
13

HT 97. Cho elip (E): 162> + 25y> — 400 = 0.
a) Xac dinh do dai céc truc, tiéu cw, tAm sai, toa do cac tiéu diém, toa do cac dinh cta (E).
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—

b) Viét phwong trinh cac dwong phan giac clia goc FMFE, v6i M [3; —?] va Fy, F21a cac tiéu diém cha (E).

HD: b) 3z — 5y —25 =0, 5m+3y—2?720

HT 98. Cho elip (E): z° + 4y> — 20 = 0 va diém A(0; 5).
a) Bién luan sé giao diém clia (E) véi dwong thing d di qua A va c6 hé s6 goc k.

b) Khi d cit (E) tai M, N, tim tip hgp cac trung diém I ctia doan MN.

1
<=3 1 [ I
HD: a) 1 : 2 giao diém, 1 <k< Z: khong giao diém, k = iZ : 1 giao diém

k>—
4

b) 2% + 4y =100
HT 99. Cho ho dwdrng cong (Cu): 2° + y° — 2ma +2m> —1=10 (%).
a) Tim cac gia tri cia m d€ (Cy) 1a dwong tron.

b) Tim phwong trinh tap hop (E) cic diém M trong mit phang Oxy sao cho (tng véi mdi diém M ta c6 duy nhit 1
dwong tron thudc ho (Cn) di qua diém M do.

2
HD: a)-1<sm<1 b)(E): % +y? =1 (Pwa PT (*) vé PT véi dn m. Tim didu kién

dé PT c6 nghiém m duy nhdt).

2 2
HT 100. Cho elip (E): f—6 +L =1

9
a) Viét phwong trinh chinh tic cta hypebol (H) c6 2 dinh 13 2 tiéu diém cda (E) va 2 tiéu diém 12 2 dinh cta (E).
b) Tim diém M trén (H) sao cho 2 ban kinh qua tiéu diém ctia M vudng gdc véi nhau.

c¢) Chirng minh tich cac khoang cach tir mot diém N bat ki trén (H) dén hai dwdng tiém cin cta (H) bdng mot hang
s6.

2 2
HD: a)——y—zlb)4dlem M[iii ] c)@.
9 4 16

HT 101. Cho hypebol (H): 22 —4y®> —4=10.
a) Xac dinh d6 dai cac truc, tiéu cw, tAm sai, toa do cac tiéu di€ém, toa d6 cac dinh cta (H).

b) Goi d1a dwdng thang di qua diém A(1; 4) va c6 hé s goc k. Bién luan theo k s6 giao diém ctia d va (H).

HT 102. Cho cac diém A (—2;0), A,(2;0) va diém M(x; y). Goi M’ la di€ém ddi xtrng ctia M qua truc tung.

a) Tim toa do6 cta diém M’ theo x, y . Tim phwong trinh tap hop (H) cac diém M thoa MA?.M/A2 = 0. Chtng té (H)

12 mot hypebol. Xac dinh toa do cac tiéu diém va phwong trinh cic duwdng tiém cin caa (H).

b) Viét phwong trinh cta elip (E) c6 2 dinh trén truc 1én cta (E) trung véi 2 dinh cta (H) va (E) di qua diém
[2 202 ]
373 )

c) Tim toa dd giao diém cda (H) véi 2 dwong chuin cda (E).
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HD: a) 2® —y® =4 b) (E): 2° +4y° =4 ¢) 4 diém [ii + 3(]

HT 103. Cho hypebol (H): 42 —5y> =20 =0.
a) Tim tiéu diém, tAm sai, tiém cin cta (H).

b) Goi (C) 1a dwong tron c6 tAm trung véi tiéu diém Fq (c6 hoanh dd 4m) cta (H) va ban kinh R bing do dai truc
thwc ctia (H). M 1a tAm dwong tron di qua tiéu diém F, va tiép xic ngoai véi (C). Chirng minh rdng M & trén (H).

HD: b) (C): (z+ 3)? +y® = 20. Kiém chitng MF, — MF, = 2\5 = 24 =M [I(H),

2
HT 104. Cho hypebol (H): % —y?=1.

a) Viét phwong trinh cta elip (E) ¢6 cung tiéu diém véi (H) va di qua diém P [2;2] .
b) Puong thang d di qua dinh A; cia (E) (c6 hoanh dd dwong) va song song véi dwong thdng A: 2z — 3y +12=0.

Viét phwong trinh cta d. Tim toa dé giao diém B (khac Az) cia d véi (E). Xac dinh diém C O (E) sao cho tam giac
A;BC c6 dién tich 16n nhAit.

22 P 20 5
HD: a)——l—?—lb)d 20 —3y—6=0, Bf;f—,C 2.2

9 3
2 2
HT 105.Cho hypebol (H): B 1. Goi Fq, F21a 2 tiéu diém va A, Az 13 2 dinh cta (H). Trén (H), 14y diém M tuy y,
a b
ké MP [0 Ox. Chirng minh:
2 2
a) (ME, + ME,)? = 4(0M” + 1) by M b
APAP o

HD: a) Viét (MF, + MF,)* = (MF, — MF,)* + AMF,.MF,.
b) Tinh PM?, A P.A,P theo toa do diém M.
HT 106. Cho parabol (P): ¢ = 4z.
a) Tim toa d6 tiéu diém F va phwong trinh dwdng chuin A caa (P).
b) Tim di€ém M trén (P) ma khoang cach tir M dén F bing 5.
HD: b) N(4; 4); N(4; -4)

2
HT 107. Cho parabol (P): 4> = 2z ¢6 tiéu diém F va diém M [%;t] (v6it#0).

a) Chirng t6 rang M nam trén (P).
b) Pwong thang FM cit (P) tai N (khac M). Tim toa d6 trung diém I clia doan MN theo t.

¢) Tim tip hop (P') cac diém I khi t thay d6i.

HD: b) I ;

442 2t

4 2
1 2 -1 1
] ¢) (P): y2:x—§
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ON TAP
I. Cac bai toan lién quan dén tam giac - géc - khoang cach.
HT 1. Phuwong trinh hai canh clia mét tam giac trong mit phing toa d6 1a 5z — 2y + 6 = 0;.. Viét phwong trinh canh thir
ba ctia tam giac d6, biét ring truc tAm ctia né trung véi goc toa do.
b/s: AC:y+7=0
HT 2. Trong mit phéng toa dd0 Ozy cho tam gidc ABC, c6 di€ém A(2; 3), trong tAm G(2; 0). Hai dinh B va C Ian lwgt ndm
trén hai dudng thdng d:z+y+5=0vad,:z+2y—7=0.Viét phwong trinh dwong tron c6 tdm C va tiép xic véi
dudng thing BG.

P/s: (z—5) +(y—17 +—

HT 3. Trong mat phang véi hé toa d6 Ozxy cho hai dwong thang d, : x4+ 2y —7 = 0va d, : 5z 4 y — 8 = 0 va diém G(

2;1) . Tim toa d6 diém B thudc d; diém C thudc d; sao cho tam gidc ABC nhan diém G l1am trong tAm biét A 1a giao diém
cuadivad;

b/s: A(1;3); B(3;2) vaC(2;-2)

HT 4. Trong mit phang v&i hé toa dd Ozy cho tam gidc ABC v&i AB = \/g ,dinh C (- 1;- 1) dwong thang AB c6
phwong trinh z + 2y — 3 = 0 va trong tam cdia tam gidc ABC thudc dwong thing z +y —2 = 0. X4c dinh toa dd cac
dinh A, B ctia tam giac.

b/s: A 4:,—l , B 6;—§ hodc A 4:,—l , B 6;—§
2 2 2 2

HT 5. Trong mit phing véi hé toa do Oxy, cho tam gidc ABC cin tai A, canh BC ndm trén dwong thing c6 phwong
trinh z 42y —2 = 0. Pwong cao ké tr B c6 phwong trinh z —y +4 =0, diém M (—1; 0) thudc dudong cao ké tir dinh
C'.Xac dinh toa d6 cac dinh cia tam giac ABC' .

B/s: B(-2;2) C[%‘;Z] A[_l_log;%]

HT 6. Trong mit phing oxy cho AABC c¢6 A (2;1) . Puong cao qua dinh B c6 phuong trinhz — 3y —7 = 0. Dwong
trung tuyén qua dinh C' c6 phwong trinh z +y +1=0 .Xac dinh tpadd B va C .Tinhdiéntich AABC .D/s: S =16
(dvdt)

HT 7. Trong mit phing v&i hé toa dd Ozy cho tam gidc ABC c¢6 diém M (2;2), N(1;1) Ian lwot 1a trung diém cda cac
canh AC, BC va truc tdm H(-1;6). Tim toa do cac dinh A, B, C.

B/s: € (3;2); A (1;2); B (-1;0) hoic C(%;—l);A(—g;

5 ); B(—

=)

N | ©
N |~
N | ot

HT 8. Trong mit phang toa do Ozycho tam gidc ABC c6 B(—12;1), dwong phan giac trong goc A c6 phwong trinh:
x4+ 2y —5 =0.Trong tam tam giac ABC la G[%é] .Viét phwong trinh dwong thing BC'.D/s: BC : x — 8y +20=0

HT 9. Trong mit phdng toa do Ozy cho tam gidc ABC c6 A (4; - 2), phwong trinh dwdng cao ké tir C va dwong trung
truec cia BClAnlwotla x —y+2=0;3z 4+ 4y —2 = 0. Tim toa d6 cac dinh B va C.

b/s: B —l;g ;C —Z;l
44 44

HT 10. Viét phwong trinh cac canh cta tam gidc ABC biét B (2;-1), duwong cao va dwong phin gidc trong qua dinh 4,
C lanlwotla: d) : 37 —4y +27=0vady: 2 +2y—5=0

P/s:BC: 42+ 3y+5=0;AC: y—3=0;AB 4z +7y—1=0
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HT 11. Trong mit phing véi hé toa dd Oxy, cho tam gidc ABC, phan giac trong AD c6 phwong trinh z+y—2=0,
dwong cao CH c6 phwong trinh z —2y +5 = 0. Diém M(3; 0) thudc doan AC thod man AB = 2AM . Xac dinh toa do

cac dinh cta tam gidc ABC'.
p/s: A(l;l) .B(S;—S) C(—1;2)

HT 12. Trong mit phing toa dd (Oxy). LAp phwong trinh dwong thdng qua M(2; 1) va tao véi cac truc toa do mot tam

giac c6 dién tich bing 4.
B/sid :z+2y—4=0.d ;(1—J§x)+2(1+ﬁ)y—4:0 d, :(1+\/§x)+2(1—\/§)y+4:0

HT 13. Trong mp toa d Ozy cho 2 dwong thing: d 7 —Ty+17=0;d, : v +y —5 = 0.Viét phwong trinh dwong
thang d qua diém M (0;1) tao véi d, ; d mdt tam gidc can tai giao diém cua dy va d,
P/s:z+3y—3=0va.3z—y+1=0

HT 14. Cho A (1;4)vahaidwongthang d, 2 +y—-3=0; d,:2+y—9=0. Timdiém B trén d,, di€ém C trén d,
sao cho tam gidc ABC vudngcantai 4.

P/s:B(2;1) & C(4;5)hodcB(-2;5)&C(2;7).

HT 15. Trong mit phing v&i hé toa do Oxy, cho tam gidc ABC vudng can tai A, biét cac dinh A, B, C 1an lwot ndm trén

cac dwong thingd: v +y—5=0,d: 2 +1=0,ds: y+2=0.Tim toa dd cac dinh A, B, C, bi€t BC = 5\/5.

A(3;2), B(=1;5), C(0;—2)

IS y(3:2), B-1:-1), C(6—2)

HT 16. Trong mit phing v&i hé toa dd Ozy cho tam gidc ABC c6 dwong phan gic trong clia gocA:z+2y—5=0,
dwong caokétlr A: 4z + 13y —10 = 0, diém C(4;3) . Tin toa do diém B.

HT 17. Trong mit phing Ozy cho A(2;1) va dwong thdng d : 2z + 3y + 4 = 0. Lap phwong trinh
dwong thdng di qua A tao v&i dwong thang d mot goc 45°.
b/s: bx+y—11=0 hodc —x+5y—3=0.

HT 18. Tam gidc cAn ABC c¢6 day BC ndm trén dudng thing: 2z — 5y +1 =0, canh bén AB ndm trén dudng thang:
12z — y — 23 = 0. Viét phwong trinh dwong thing AC biét ring n6 di qua diém (3;1)

b/s: 8 +9y—33=0
Ciu hdi twongtw: BC:2—3y—2=0, AB: 2z —y+6 =0 Vit ACbiét qua M(3;2)
b/six+2y—7=0

HT 19. Trong mit phing v&i hé toa dd Ozy cho tam giac ABC c¢6 dién tich Saapc =96; M(2;0) 1a trung diém cua
AB, dwong phan giac trong goc A c6 phwong trinh (d) : z — y — 10 = 0, dwong thang AB taovéi (d) motgdc o thod

man cosy = g . Xac dinh toa do cac dinh ctia tam giac ABC .

A(3;,—-7), B(L;7), C(17;-9)

/St 49.21), B=5:1),c(11:-15)
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HT 20. Trong mit phing véi hé toa do Ozy, cho tam gidc ABC c6 dién tich 1a S = g, dinh A (2;-3), dinh B(3;-2),

trong tAm clia tam giac thudc dwong thing d : 3z —y — 8 = 0. Tim toa do dinh C.

P/s: C(—2—10), C(1;—1)

HT 21. Trong mit phing v&i hé toa dd Oxy, cho tam gidc ABC can tai A(-1; 4) va cac dinh B, C thudc dudong thing A:
z —y—4 = 0.Xac dinh toa d6 cac diém B va C, biét dién tich tam gidc ABC bing 18.

b/s: B| s 2|, 0|25- 2| hotena 0|2 2| Bl 2,- 2|,
2 2 2 2 2 2 2 2

HT 22. Trong mit phing toa dd0 Ozxy.LAap phwong trinh dwong thang di qua A (8 ;6) va tao véi 2 truc toa do mot tam
giac c6 dién tich bing 12.

p/s: 24—y L Y
1 6 8 3

HT 23. Cho tam gidc ABC c6 dién tich bang 2 . Biét A (1;0), B (0;2) va trung diém I cia AC ndm trén dudng thing
y = x . Tim toa dd dinh C'.

58
b/s: C(-1;0) hoacC|—;—
/s: C(-1;0) hog [3 3]

HT 24. Trong mit phang véi hé toa dd Oxy, cho diém A(2; 1). Ly diém B nim trén truc hoanh c6 hoanh d6 khong am
sao cho tam gidc ABC vudng tai A. Tim toa do B, C dé tam gidc ABC c6 dién tich 16n nhit.

b/s: B(0; 0); C(0; 5).

HT 25. Trong mit phing véi hé toa dd Ozy. Cho cac diém A (1;0), B (2; 1) va dwong thdng d: 2z —y + 3 =0.Tim
diém M trén d sao cho MA + MB nho nhit.

b/s: M —i;E
1111

IL Cac bai toan lién quan dén dwong tron
HT 26. Trong mit phing v&i hé toa do Oxy, viét phwong trinh dwong tron ndi tiép tam giac ABC v&i cac dinh: A(-2;3),

1. .

B[Z,O], C(2;0).
2 2

D/s:[a:—%] +[y—l] =

L
2] 4

HT 27. Trong mit phang Ozy, cho dwdng tron (C) 2 + y2 —6z+5=0.Tim M thudc truc tung sao cho qua M ké
dwoc hai tiép tuyén cta (C) ma goc gitra hai ti€p tuyén dé bang 60°.
D/s: M1(0;\/;)Vél MZ(O;'\/;)

HT 28. Trong mit phidng véi hé toa dd Ozy, cho dwong thing d:z—-5y—2=0va dwong tron
(L):2? + ¢y + 22 — 4y —8 = 0. Xac dinh toa dd cac giao diém A, B clia dwong thing d va dwong tron (L) (cho biét

diém A c6 hoanh dé dwong). Tim toa dd diém C thudc dwong tron (L) sao cho tam gidc ABC vudng & B.

b/s: A(2;0);B(—-3; —1) C(—4;4)
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HT 29. Trong mit phing v&i hé toa dd Ozy, cho dwong tron (C) : 2 + y2 + 2z — 8y — 8 = 0. Viét phwong trinh dwong

thang song song véi dwong thing d: 3z +y —2 = 0 va cit duwdng tron theo mot day cung c6 do dai bang 6.
D/s: 3z +y+ 410 —1=0hodic 3z +y — 410 —1=0

HT 30. Trong mit phing véi hé toa dd Ozy, cho hai dwong tron (C): 2z +3> =13 va (C'): (z —6)* +3° = 25. Goi
A 1a mot giao diém ctia (C)va (C')véi y, > 0. Viét phwong trinh dwong thang d di qua A va cat (C),(C") theo hai
day cung c6 d6 dai bing nhau (hai diy cung nay khac nhau).

b/s: —z+3y—7=0

HT 31. Trong mit phing véi hé toa do Oxy, cho dwdng tron (C) 2+ y2 = 1. Tim cac gia tri thyc cia m sao cho trén
dwong thang £ — y + m = 0 c6 duy nhit mot di€ém ma tir d6 c6 thé ké dwoc hai tiép tuyén véi (C) sao cho goc giira hai
ti€p tuyén nay bing 900
b/s: m=+£2.
HT 32. Trong mit phing toa do Oxy cho dudng thing (d): 3z — 4y + 5 = 0 va duwong tron (C)
2+ y2 + 2z — 6y +9 = 0.Tim nhitng diém M thudc (C) va N thudc d sao cho MN c6 dé dai nhé nhét.
b/s: M =M ,N =N,
. 2
HT 33. Trong mdt phang véi hé toa dd Oxy cho cic dwong tron (C)): (m — 1) + y2 = % va
2 2 . 2 ~ P £ \ \ " \ \
(C,): (1: — 2) + (y — 2) = 4. Viét phuong trinh dwong thang d ti€p xtc véi dwong tron (C)) va cat duong tron (C,)

tai hai diém M, N sao cho MN:Q\/E
MN:z4+y—2=0, MN: x+7y—6=0

B/s: MN: 2z2—y—2=0, MN: Te—y—2=0

HT 34. Cho hai dwong tron (C’l):azc2 +y?—2y—3=0; (02):962 +y> —8z—8y+28=0. Vit phwong trinh tiép

tuyén chung ctia (C1) va (Cz)

P/six—2=0;3z—-4y+14=0;32—-4y—6=0;70+24y—-14 =0

HT 35. Trong mit phing véi hé toa dé Oxy, cho dwong tron (C) cé phwong trinh: 22 + ° + 43z —4=0.Tia Oy cat
(C) tai diém A. Lap phwong trinh dwong tron (C') c6 ban kinh R' = 2, biét (C') tiép xtic ngoai v&i dwong tron (C) tai A.

b/s: (1:—\/5)24—(3/—3)2 =4.

HT 36. Trong mit phang véi hé toa do Ozy cho dwong tron ( C) c6 phwong trinh: (z — 1)2 +(y— 2)2 = 4 va diém K(
3;4) . Lap phuwong trinh dwong tron (T) tAm K cit dwdng tron  (C) Tai hai diém A,B Sao cho dién tich tam giac IAB 16m

nhit véilla tim cta duwong tron (C)

D/s: (1) (z—y)* +(y— 47 = 4hodc (T,): (z —3)* + (y — 4)* =20

I Cac bai toan lién quan dén ti giac

HT 37. Trong mit phing v&ihé toa dd Oxzy, cho hinh chit nhat ABCD c6 dién tich bang 12, tAm [ 1a giao diém cua
hai dwong thang: d:x—y—3=0,dy:x+y—6=0.Trung diém mot canh 1a giao diém cta d, vatia Oz .Tim toa
d0 cac dinh cta hinh chi¥ nhat.

D/s: A2;1) = D(4-1) = C(T;2)& B(5;4)
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HT 38. Viét phwong trinh canh AB ctia hinh chit nhat ABCD biét canh AB, BC, CD, DA lan lwot di qua cac diém M(4;5),
N(6;5), P(5;2), Q(2;1) va dién tich hinh chir nhat 12 16.

P/s: AB:—zx+y—1=0hodc AB:—z+3y—11=0

HT 39. Trong mit phing v&i hé toa do Oxy, cho hinh chit nhat ABCD c6 dién tich 12, tdAm [ [% ,%] va trung diém ctia
canh AD la M(3;0). Xac dinh toa do¢ cac dinh con lai ctia hinh chit nhat ABCD.
b/s: A(21), D(4-1)C(7;2), B(54)

HT 40. Trong mit phing v&ihé toa dd Oxy, cho hinh chit nhat ABCD c6 canh AB : z — 2y — 1 = 0, dwong chéo
BD : z — 7y +14 = 0va cic duwong chéo AC qua diém M (2;1). Tim toa do cac dinh cia hinh chir nhit.

b/s: B(7;3) D(0;2), A(1;0),C(6;5)
HT 41. Trong mit phing toa do Oxy viét phwong trinh cac canh cta hinh chit nhat ABCD .Biétrang AB = 2BC, A,

B thudc dwong thang di qua M [—%;1] , B, C thudc dwdng thang di qua N(0;3), A, D thudc dwong thiang di qua
p [4; %] , C', D thudc dwong thdng di qua Q(6;2).

AB:y=-3/17(z4+4/3)+1, DC:y=-3/17(z —6) + 2,
B/S Be 3 /1Ty +9/17T =0, AD 2~ 3 /1Ty —4—3 /17 =0

HT 42. Trong mit phing v&ihé toa dd Oxy, cho hinh vudng c6 dinh 12 (-4; 8) va mdt dwong chéo c6 phwong trinh
Tz —y + 8 = 0. Viét phwong trinh cic canh ctia hinh vudng.

P/s: AB:3x—4y+32=0;AD:42+3y+1=0BC:42+3y—24=0;CD: 3z —4y+7=0

HT 43. Trong mit phing v&i hé toa dd Oxy cho hinh vudng ABCD c6 dinh A(4; 5), dwdng chéo BD c6 phwong trinh:

y — 3 = 0. Tim toa do cda cac dinh con lai ciia hinh vuéng doé.
b/s: A(4;5), B(6;3), C(4;1), D(2;3) hodc A(4;5), B(2;3), C(4;1), D(6;3).
HT 44. Trong mit phing Oxy cho hinh vuéng ABCD c6 M 1a trung diém ctia canh BC, phwong trinh dwdng thang DM:

r—y—2=0 va C(3;—3).Biét dinh A thudc dwomg thing d : 3z +y —2 = 0. X4c dinh toa d cac dinh AB,D.

B/s: A(-1;5), B(—3-1),D(53)

HT 45. Trong mit phing v&ihé toa dd Oxy, cho hinh thoi ABCD c¢6tdm I (2;1) va AC = 2BD. Piém M[O;%] thuodc
dudng thing AB, diém N(0;7) thudc dudng thdng CD. Tim toa dd dinh B biét B c6 hoanh d6 dwong.
b/s:B(1;-1)

HT 46. Trong mit phang v&i hé toa dd Oxy, cho hinh thoi ABCD
biét dwong thing AB: 2 +3y+1=0
Puong thing chira dwong chéo BD c6 phwong trinh: z —y + 5 = 0. Pwong thang AD di qua diém M(1;2). Tim toa dd
tam cta hinh thoi ABCD. B /s: 1(—2;3)
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HT 47. Trong mit phing toa dd Ozy, cho hinh thang cAn ABCD c6 dién tich bang 18, dy 1én CD ndm trén dudng thing
c6 phwong trinh: = — y + 2 = 0. Biét hai dwong chéo AC, BD vudng géc védi nhau tai diém 1(3;1). Viét phwong trinh

duong thdng BC, biét C c6 hoanh d6 4m.
P/s: BC:x+4+2y—1=0
HT 48. Trong mit phing véi hé toa dd Ozy, cho hinh binh hanh ABCD c6 dién tich bang 4. Biét A(1;0), B(0;2) va giao diém I

ctia hai dwdng chéo ndm trén dwong thang y = x. Tim toa dd cac dinh C va D.

58 (82], .
p/s: C[g;g],D[g;g] hodc C(-1;0), D(0;-2)

IV. Tdng hop

HT 49. Trong mit phing véi hé toa dd Ozy, cho dwong thidng d: x —5y —2 = 0 va dwong tron (C):

22 +y? + 2z — 4y — 8 = 0. X4c dinh toa dd cac giao difm A, B ciia dwong tron (C)va duong thing d (cho biét diém A
c6 hoanh d6 dwong). Tim toa d6 C' thudc dwong tron (C)sao cho tam gidc ABC vubéng & B,

D/s: C (-4;4).

HT 50. Trong mit phingtoa dd Ozy cho duong tron (C) 22 + 9> + 42— 6y +9 = 0va diém M(1;—8) Viét phwong
trinh dwong thdng d qua M sao cho d cét (C) tai hai diém A, B phan biét ma dién tich tam gidc ABI dat gia tri 16n

nhit.Véi I 1a tdm cta dudng tron (C).
P/s: Te+y+1=0& 17z +7y+39=0

HT 51. Trong mit phing véi hé toa d6 Ozycho dwdng tron (C):(z—17° +(y+2)> =9va dwong thing
d:3zr—4y+m=0.Tim m détrén d c6 duy nhit mot diém P ma tlir d6 c6 thé ké dwoc hai tiép tuyén PA, PB tdi (C)
(A, Bla ti€p diém) sao cho tam giac PAB la tam giac déu.

b/s: m =19,m = —41

HT 52. Trong mit phang toa dd Ozy cho tam gidc ABC c6 trung diém canh AB1a M(—1;2), tim dwdng tron ngoai
tiép tam gidcla 1(2;—1). Pwong cao clia tam giac ké tir A cd phwong trinh: 22 4+ y +1= 0. Tim toa d6 dinh C'.

b/s: C E’ﬂ
15 15
HT 53. Cho dwdng tron (C) ndi tiép hinh vudng ABCD c6 phuwong trinh (z — 2)2 +(y— 3)2 =10. Xac dinh toa do

cac dinh A, C cta hinh vudng, biét canh AB di qua M(-3; -2) va x> 0.
b/s:a A(6;1);C(—2;5)

HT 54. Trong mit phing v&i hé toa dd Ozy cho tam gidc ABC ¢6 A(—1;—3), trong tim G(4;—2), trung trec ciia AB 1a
(d) : 3z + 2y — 4 = 0.Viét phwong trinh dwong tron ngoai tiép tam giac ABC .
148 46 8

Bs:m2—|— 2——m+— +—=0
/ T TR

BE HOC VO BO' - CHUYEN CAN SE TO'I BEN Page 36




GV.Lwu Huy Thwéng 0968.393.899

TUYEN CHON CAC BAI TOAN HAY VA KHO

HT 55. Trong mit phang véihé toa dd Ozy, cho tam gidc ABC c6 trong tAm G(1;1) dwong cao AH : 2z —y +1= 0va cac
dinh B, C thudc dwong thing A :z +2y —1= 0. Tim toa dd cac dinh A, B, C cia tam gidc ABC biét dién tich tam gidc ABC
bing 6.

D/s: A(1;3), B(3;—1),C(—1;1) hodc A(1;3), B(—1;1),C(3;—1)
HT 56. Trong mit phing v&i hé toa d0 Ozy, cho tam gidc ABC cin tai A. Puong thang AB:7x+ 6y —24 = 0,
BC' : z — 2y — 2 = 0.Viét phwong trinh dwong cao tir B clia tam giac ABC.
b/s: 4z —18y —3 = 0.
HT 57. Trong mit phing véi hé toa dd Ozy, cho tam giac ABC c6 3 goc déu nhon. Viét phuwong trinh dwong thing chira
canh AC ctia tam gidc biét toa do chin cic duwong cao ha tir 4, B, C twong &ng 1la M(—1;—2),N(2;2), P(—1;2). D/s:
2r+y—6=0
HT 58. Trong hé toa d6 Ozy cho hinh thang cAn ABCD(AB | CD,AB < CD). Biét A(0;2) D(—2;—2), va giao diém 0
ctia AC va BD nam trén dwong thang c6 phwong trinh: z +y —4 = 0. Tim toa d§ cta cac dinh con lai ca hinh thang khi
goc AOD = 45°.
D/s: B2 +32,2 +v2):C2 + 442;2 + 442) hoiic B(4 + 3v2,2 ++2);0(4 + 442;—22)
HT 59. Trong mit phing v&i hé toa dd Ozy, cho hinh vudng ABCD c6 dinh biét A(2;1),1(3;2) (I 1a giao diém cua hai
dudng AC va BD). Mot duwong thing d di qua C cdt cac tia AB, AD 1an lwot tai M va N. Viét phwong trinh dwong thang d
sao cho d6 dai MN la nho nhit.
P/s:z+y—-T7=0
HT 60. Trong mit phang vdihé toa dd Ozy, cho hinh vudng ABCD. Goi M 14 trung diém ctia BC, N 1a diém trén CD sao cho

CN = 2ND. Gia st M[%,%J va duwong thdng AN c6 phwong trinh: 2z —y — 3 = 0. Tim toa do diém A. B/s: A(1;—1)

hodc A(4;5)
HT 61. Trong mit phing véihé toa dd Ozy, cho 2 dwongthdng A:z—y—4=0va d:2z—y—2=0. Tim toa d6 diém
N thudc dwong thdng d sao cho dwong thing ON cit dwong thing A tai diém M théa man: OM.ON =8 DP/s: N(0;—2)

hoac N[g,z]

55
HT 62. Trong mit phing véihé toa dd Ozy, cho tam gidc ABC c6 dinh B [%;1] . Puong tron noi tiép tam gidc ABC tiép xuc
vGi canh BC, CA, AB twong ng tai D, E, F. Cho D(3;1), dwong thang EF :y—3 =0. Tim toa d§ A biét A c6 tung do
duwong. D/s: A[?);?J

HT 63. Trong mét phang véi hé toa dd Ozy, cho hai dwong thang d, : 3z + y=0;d, : V31— y = 0. Goi (C) la dwong

tron tiép xic voi d; tai A, cat d, tai hai di€m B, C sao cho tam gidc ABC vudng tai B. Viét phwong trinh duong tron (C),

biét tam gidc ABC c6 dién tich bing 73 va diém A c6 hoanh dé dwong.
1
T+—F

2 2
+[y+§] =1
23 2

HT 64. Trong mit phang véi hé toa do vudng géc Ozy ; cho tam gidc ABC c6 trung diém cta canh BC 1a diém M (3;—1),

b/s: (C):

dudng thing chira dwdng cao ké tir dinh B di qua diém F (— 1 —3) va duong thang chira canh AC di qua diém F (1; 3) .
Tim toa d6 cac dinh clia tam giac ABC, biét ring diém déi xirng ctia dinh A qua tAm dwdng tron ngoai tiép tam giac ABC
la diém D(4;-2).D/s: A(22) B(1;-1) 0(5;—1)

HT 65. Trong mit phing toa dd Oxy, cho tam giac ABC c6 BAC = 90° biét B(—5;0),C(7;0), ban kinh dwong tron ndi
tiép r = 2713 — 6 Xac dinh toa d tAm dwong tron ndi tiép I ctia tam gidc ABC biét I c6 tung do dwong. D /s:

101+ 25;2v13 - 6); 1, (1—2\/3;2\/5 —6)

HT 66. Trong mit phing toa dd Oy, cho hinh thang vuéng ABCD vudng tai A va D c6 day 1én 1a €D, dwong thang AD c6
phwong trinh 3z —y = 0, dwong thing BD c6 phwong trinh z — 2y = 0, géc tao béi hai dwong thing BC va AB bang 45°.
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Viét phwong trinh dwong thing BC biét dién tich hinh thang biang 24 va diém B c6 hoanh d6 dwong. D/s:
22 1y — 410 = 0
HT 67. Trong mit phéng toa do Ozy,cho tam gidc ABC c¢6 duwdng phan giic trong ly 2 +y—3=0,dwong trung tuyén

mp @ —y+1=0,duongcao h, :2z+y+1=0. Tim toa d6 cac dinh ctia tam giac.

b/s: a[12,39) p[32,49) o[ 8 1
17 17 17 17 17 17

HT 68. Trong mit phing toa dd Oxy,tam gidc ABC ndi tiép dudng tron tAm I(6;6) va ngoai tiép dudng tron tim
K(4;5), biétrang A(2;3). Viét phwong trinh cac canh clia tam gidc ABC.

D/s: BC :3x+4y—42=0;AB:2=2;AC:y =3

HT 69. Trong mit phang v&i hé toa dd Ozy, cho tam gidc ABC c¢6 dinh A(—1;—3), truwc tAim H(1;—1) va tAm dwong tron
ngoai tiép tam gidc 1(2;—2). Tim toa do cic dinh B,C cta tam gidc ABC.

b/s: B(1;1);C(5;—3) hoac B(5;—3);C(1;1)

HT 70. Trong mit phing véi hé toa do Ozy, cho tam gidc ABC c6 duwong cao BH :z+2y—3 =0, trung tuyén
AM : 3z +3y—8=0. Canh BC di qua N(3;—2). Tim toa d6 cac dinh 4, B, C cia tam gidc ABC biét C thudc duing
thing z —y+2=0.

o {3 el
18 18 3 3 2 2

HT 71. Trong mit phing v&i hé toa d0 Ozy, cho tam gidc ABC c6 A(0;2),B(2;6) va C thudc dwong thing
d:x—3y+1=0.Tim toa dd dinh C sao cho phan giac xuit phat tir dinh 4 song song v&i dwong thang d. B/s: C(2;1)
HT 72. Trong mt phang véihé toa dd Oxy, cho 2 dwong thang d, : 2z —y —1=0,d, : 22 +y — 3 = 0. Goi I 1a giao diém
cla dy,dy; Ala diém thudc d;,A c6 hoanh d§ dwong khac 1 (0 <z, = 1). Lap phwong trinh dwong thdng A di qua 4,
cat d, tai B sao cho dién tich tam gidc AIAB bang6 va IB = 3IA.

P/s:z+y—>=04z+y—11=0

HT 73. Trong mit phing véi hé toa dd Ozy, viét phwong trinh cic canh cta tam gidc ABC biét trwc tAm H(1;0), chin
dwong cao ha tir dinh Bla K(0;2), trung diém canh ABla M(3;1).

P/s: AC:2—-2y+4=0,AB:3z—y—8=0;BC:3x+4y+2=0

HT 74. Trong mit phang véi hé toa d6 Ozy, cho dwong tron (C)) : (z + 2% +(y—17° = % c6 tam O,, dwong tron (C,))

c6 ban kinh bang 2 tim O, nam trén duong thang d:z+y—2=0 va cat (C)) tai hai di€ém 4, B sao cho tir giac

0,A0,B c6 dién tich bang % Viét phwong trinh duwong tron (C,) .

2 2 2 2
z+é—£] +[y+£—g} = 4 hoac x+%+£ +[ —E—é]

b/s:
/ 6 6 6 6 2

HT 75. Trong mit phing toa dd Oxy,cho dwong tron (C): 2 +y* = 25 va dwong tron (T): 2 + (y —8)° = 9. Mot
dwong thdng d cét (C) tai A, B; cat (T) tai C, D théa man: AB = BC = CD.

P/s: ifz+y—16_0ix+fy—§_o

HT 76. Viét phwong trinh dudng thing d.Trong mit phing véi hé toa dd Oxy cho dwong tron (C’) : (1: - 4)2 + y2 =4
va diém F (4;1) .Tim toa d6 diém M trén truc tung sao cho tir diém M ké dwoc hai tiép tuyén MA, MB dén dwong tron
(C) v&i A, B 1a cac tiép diém sao cho dwong thing AB diqua E.

P/s: M (0; 4)

HT 77. Trong mit phing véi hé toa dd Ozy, cho hinh thoi ABCD c6 phwong trinh canh BD 1a z — y = 0. Pwong thing AB
di qua diém P(1; \/g), duong thing CD di qua diém Q(—2;—2\/§). Tim toa dd cac dinh cta hinh thoi, biét d6 dai
AB = AC vadiém B c6 hoanh d6 1én hon 1.

D/s: A3 - 143 -1 );C(3 = 1,—/3 —1); D(~4;—4)
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HT 78. Trong mit phang v&i hé toa do Ozy, cho hinh vudng ABCD véi A(1;2), B thudc d:x+2y—1=0,C thudc
dy : 42y + 8 = 0. Tim toa d6 cac dinh con lai cia hinh vudng.
o -2 5

) ) ) )
HT 79. Trong mit phing v&i hé toa dd Ozy, cho tam giadc ABC c6 dinh A(2;3), dwdrng phin gidc trong goc A c6 phwong
trinh z —y +1=0 va tAm dwong tron ngoai ti€p 1(6;6). Viét phwong trinh canh BC, biét dién tich tam gidc ABC gdp 3
1an dién tich tam giac IBC.
b/s: BC:3x+4y—54 =0 hoac 3z+4y—36=0
HT 80. Trong mit phang v&i hé toa dd Ozy, cho dwong tron (C) : (:v — 1)2 + (y - 3)2 =5 va hai diém A(2;1); B(0;5). T
diém M thudc dwong thang d: x + 2y + 1 = 0ké hai tiép tuyén dén (C). Goi E,F 1a hai diém twong &ng. Tim toa do
E, F'biét ABEF 1a hinh thang.

\/_5 2\/_] [£.5+2\/§

b/s: ;
/ 2 2 2

HT 81. Trong mit phing v&i hé toa dd Décac vudng goc Ozy, xét tam gidc ABC vudng tai A, phwong trinh dudng

thang BC 1a :\/ga: —y— \/g =0, cic dinh A va B thudc truc hoanh va ban kinh dwong tron ndi tiép tam gidc ABC
bing 2. Tim toa do trong tAm G cla tam gidc ABC .

4+ 443 64243 “1-43 6+2\3
"3

va G, = ;
3 3 3

2

b/s: G| =

HT 82. Trong mit phdng véihétoa dd Ozy, cho dwong tron (O) : (z + 6)2 +(y— 6)2 = 50. Viét phwong trinh dwong
thing d tiép xtc voi dwong tron (C) tai diém M cit 2 truc toa d tai hai di€ém A4, B sao cho M 1a trung diém ctia AB.
P/siz—y+2=02—y+22=02—-5y+10=0;7x+13y +182=0

HT 83. Trong mit phing v&i hé toa dd Ozy, cho dwong thing d:z —y+1= 0 va dwong tron

(€):2® +y* —2z+ 4y — 4 = 0. Tim diém M thudc dwong thing d sao cho qua M ta ké dwoc cac tiép tuyén MA, MB
dén duong tron (C), (4, B 1a cic tiép diém) dong thoi khodng cach tir dim N [% ; 1] dén duong thing AB1a 16n

nhitb/s: M(—3;-2)
HT 84. Trong mit phing v&i hé toa dd Ozy, cho hinh thang ABCD vudng tai 4, D ¢6 day 1ém €D, canh AD : 3z —y = 0,

BC : z —2y = 0. Biét goc tao béi gitta BC va AB biing 45, dién tich hinh thang ABCD bing 24. Tim toa d6 dinh B ctia
hinh thang biét B c6 tung d6 dwong.

4J_2J_]

p/s: B

5

HT 85. Trong mit phing v&i hé toa dd Ozy, cho tam gidc ABC c6 A(2;6) chan dwdng phan giac trong ké tir dinh 4 1a
D [2; —g] tAm dwong tron ngoai tiép tam gidc ABC 1a I[—%;l] . Tim toa d6 dinh B, C ciia tam giac. D/s:

B(5,0);C(—3;—4) hodc B(—3;—4);C(5;0)

HT 86. Trong mit phing v&ihé toa dd Ozy, cho AABC cén c6 day 1a BC. Pinh A ¢6 toa dd 12 cac s6 dwong, hai diém B
va C ndm trén truc Ox, phwong trinh canh AB : y = Sﬁ(m —1). Biét chu vi cila AABC bang 18, tim toa d§ cac dinh A,
B, C.

B/s: B(1;0), C(3;0),A(2:3V7).
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TUYEN TAP PE THI CAC NAM 2009 - 2012

HT 87. A2009 - CB Trong mit phang v&i hé toa dd Ozy, cho hinh chit nhat ABCD c6 diém 1(6;2) 1a giao diém ctia hai
dwong chéo AC va BD. Piém M(1;5) thudc dwdrng thang AB va trung diém E cta canh CD thudc dwdong thing

A: z+y—5 = 0. Viét phwong trinh dwdng thang AB.

D/s: AB:y—5=0hodc AB:z—4y+19=20

HT 88. A2009 - NC Trong mit phang véi hé toa ddo Ozy, cho dwong tron (O) : 22 + 9> + 42+ 4y +6 =0 va duong
thang A: z +my — 2m + 3, v&i m 1a tham s6 thwc. Goi /13 tAm dwong tron (C). Tim m d€ A cit (C) tai hai diém phan
biét A va B sao cho dién tich tam gidc IAB 1&n nhit.

b/s: m = 0hodc m = 8
15

HT 89. B2009 - CB Trong mit phang v&i hé toa dd Ozy, cho dwong tron (C) : (z — 2)2 +y2 = % va hai dwong thing

Ay x—y = 0,Ay: . — Ty = 0. Xac dinh toa do tdm K va tinh ban kinh dwong tron (C) ); bi€t duong tron (C) ) tiép xtic véi
cac dwong thing O30, vatam K thuge duong tron (€).
b/s: K §,é va R = &
5 5 5
HT 90. B2009 - NC Trong mit phang véi hé toa dd Oxy, cho tam giadc ABC can tai A c6 dinh A(—1;4) va cdc dinh B, C
thudc duwdng thdng A: 2 —y — 4 = 0. Xac dinh toa d6 cac diém B va C, biét dién tich tam gidc ABC bing 18.
D/s: B Eﬁ ;C é;—é hodc B é;—é ;C E,i
2 2 2 2 2 2 2 2
HT 91. D2009 - CB Trong mit phang v&i hé toa do Ozy, cho tam gidc ABC ¢c6 M(2;0) 1a trung diém clia AB. DPuong
trung tuyén va dwong cao dinh A Ian lwgt ¢6 phwong trinh 1a 7z —2y —3 = 0 va 6z —y — 4 = 0. Viét phwong trinh
dudng thing AC.
b/s: AC:3x—4y+5=0
HT 92. D2009 - NC Trong mit phing v&i hé toa dd Ozy, cho dwong tron (C) : (z — 1)2 + y2 = 1. Goi/la tam cua (C).

Xac dinh toa do diém M thudc (C) sao cho 1% = 30"

3.3
2

D/s: M
/ 2

HT 93. A2010 - CB Cho hai dudng thiang d \/ga: +y=0vad,: \/ga: —y = 0. Goi (T) 1a dwong tron tiép xdc véi d

tai 4, cat d, tai diém Bva C sao cho tam gidc ABC vudng tai B. Viét phwong trinh ctia (T), biét tam gidc ABC c6 dién tich

bing 73 va diém A c6 hoanh dd dwong.

2 2
T +—= +[y+§] =1
23 2

HT 94. A2010 - NC Trong mit phang véi hé toa dd Oxy, cho tam giadc ABC can tai A c6 dinh A(6;6); dwong thing di qua

B/s:(T) L

trung diém ctia cac canh AB va AC c6 phwong trinh z +y — 4 = 0. Tim toa dd cac dinh Bva C, biét diém E(1;—3) ndm
trén dwong cao di qua dinh € cda tam giac da cho.

B/s: B(0;—4);C(—4;0) hodc B(—6;2);C(2;—6)

HT 95. B2010 - CB Trong mit phing v&i hé toa dd Ozy, cho tam gidc ABC vudng tai 4, c6 dinh C(—4;1), phan gic
trong goc A c6 phwong trinh z + y — 5 = 0. Viét phwong trinh duwdng thing BC, biét dién tich tam gidc ABC bang 24 va
dinh A c6 hoanh d6 dwong.

D/s: BC:3x—4y+16=0
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2 2
HT 96. B2010 - NC Trong mit phing véi hé toa do Ozy, cho diém A(z;@) vaelip (E): % + y? —1. Goi F, va F) Ia

cac tiéu diém ctia (E) (F; c6 hoanh d am); M la giao diém c6 tung dd dwong ctia dwong thang AF, véi (E); Nla diém doi

xirng ctia F, qua M. Viét phwong trinh duwong tron ngoai tiép tam gidc ANE,.

2
D/s: (T):(m—1)2+ y—%] :%

HT 97. D2010 - CB Trong mit phing vé&i hé toa d Ozy, cho tam gidc ABC c6 dinh A(3;—7), trwc tAm H(3;—1), tAm
dwong tron ngoai tiép la I(—2;0). Xac dinh toa do dinh C biét C c6 hoanh d¢ dwong.

D/s: C(—2 + \/%; 3)

HT 98. D2010 - NC Trong mit phdng v&i hé toa dd Ozy,cho diém A(0;2) va A 1a dwdng thang di qua 0. Goi H 1a hinh
chiéu vudng goc clia A trén A. Viét phwong trinh dwong thdng A biét khoang cach tir H dén truc hoanh bing AH.

b/s: (\/g—l)x—2\/\/g—2y — 0 hoic (\/g—l)x+2\/\/g—2y —0

HT 99. A2011 - CB Trong mit phing véi hé toa dd0 Oxy, cho dwong thing A: 2 +y +2 = 0 va dwong tron
(C):2? +y* — 4z — 2y = 0. Goi 112 tAm ctia (C), M 1 diém thudc A . Qua M ké cAc tiép tuyén MA va MB dén (C) (Ava B
12 cAc tiép diém). Tim toa d6 diém M, biét tir gidc MAIB c6 dién tich bang 10.
b/s: M(0;1;3) hodc M —E;E;E
T

2 2

HT 100. A2011 - NC Trong mit phdng véi hé toa d Ozxy, cho elip (E): % + yT = 1. Tim toa do cac diém A va B thudc

(E) c6 hoanh d6 dwong sao cho tam giac OAB cén tai O va c6 dién tich 1&n nhét.

HT 101. B2011 - CB Trong mit phing v&i hé toa dd Ozy, cho dudngthing Az —y—4=0va d:22—y—2=0. Tim
toa do di€ém N thudc dwdng thang d sao cho dwong thing ON cit dwong thdng A tai diém M théa man: OM.ON = 8.

6 2
B/S. N(O,—Q),N[g,g]

D/s: A :B :B

HT 102. B2011 - NC Trong mit phing véi hé toa dd0 Oxy, cho tam gidc ABC c6 dinh B [% ; 1]. Puong tron néi ti€p tam

gidc ABC tiép xtic v&i cac canh BC, CA, AB twong &ng tai cac diém D, E, F. Cho diém D(3;1) va duwdng thang
EF :y—3=0. Tim toa d6 dinh A, biét 4 c6 tung dd dwong.

13
B/S. A [3,3]

HT 103. D2011 - CB Trong mit phang v&i hé toa dd Ozy, cho tam gidc ABC c6 dinh B(—4;1),trong tAm G(1;1) va
dudng thing chira phan giac trong clia goc A c6 phwong trinh 2 —y — 1 = 0. Tim toa dd cac dinh A va C. D/s:
A(4:3);C(3-1)

HT 104. D2011 - NC Trong mit phang vdi hé toa dd Ozy, cho diém A(1;0) va duwdng tron

(C): 2 +y* — 2z + 4y — 5 = 0. Viét phwong trinh dwong thing A cit (C) tai hai diém M va N sao cho tam gidc AMN
vudng cantaiA. b/s: y =1Ly = -3

HT 105. AA12012 - CB Trong mit phang véi hé toa d6 Oxy, cho hinh vudng ABCD.Goi M 13 trung diém cua canh BC, N

1a diém trén CD sao cho CN = 2ND. Gia st M[%é] va duong thdng AN c6 phwong trinh 2z —y — 3 = 0. Tim toa do

diém A.D/s: A(1;—1) hodc A(4;5)
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HT 106. AA12012 - NC Trong mit phang v&i hé toa dd Ozy, cho dwong tron (C) : 22 + y? = 8. Viét phwong trinh
chinh tic cua elip (E), biét rdng (E) c6 do dai truc 16m bing 8 va (E) cit (C) tai bdn diém tao thanh bén dinh ctia mot hinh

2 2
vudng. D/s: f—6 + 31/_6 =1
3

HT 107. B2012 - CB Trong mit phing v&i hé toa dd Ozy, cho duwdng tron (CHE 72 + y2 =4,

(@) : 22 +1? — 122 +18 = 0 va dwong thing d : z — y — 4 = 0. Viét phwong trinh dwdng tron c6 tam thudc (C,), tiép

xtic véid va cat (C)) tai hai diém phan biét A va B sao cho AB vudng géc véi d.

B/s:(z—37° +(y—3)7° =8

HT 108. B2012 - NC Trong mit phing véi hé toa do Ozy, cho hinh thoi ABCD c6 AC = 2BD va dwdng tron tiép xic

v&i cac canh cua hinh thoi c6 phwong trinh z? + y2 = 4. Viét phwong trinh chinh tic cda elip (E) di qua cac dinh 4, B, C,
2 4P

D cua hinh thoi. Biét 4 thudc Oz })/5:2—O + == 1

HT 109. D2012 - CB Trong mit phing véi hé toa dd Ozy, cho hinh chit nhat ABCD. Cac duwdng thang AC va AD lan

lwot c6 phwong trinh 12 2 + 3y = 0 va z — y + 4 = 0; dwong thang BD di qua diém M[%;l]. Tim toa d0 cac dinh ctia

hinh chi* nhat ABCD.

B/s: A(—3;1); B(1;-3);C(3;—1); D(—1;3)

HT 110.D2012 - NC Trong mit phing véi hé toa dd Oxy, cho dwong thing d : 22 — y + 3 = 0. Viét phwong trinh duwong
tron c6 tam thudc d, cit truc Oz tai A va B, cit truc Oy tai Cva D saocho AB = CD =2.B/s: (z+3)> +(y +3)? =10
HT 111. A - 2013 - CB Trong mit phing v&i hé toa dd Ozy, cho hinh chit nhat ABCD c6 diém C thudc dwdng thang
d:2z+y+5=0 va A(—4;8).Goi M 1a diém ddi xirng cta B qua C, N 1a hinh chiéu vudng géc ctia B trén dwong thing
MD. Tim toa dd cac diém B va C, biétrang N(5;—4).B/s: C(—1;7); B(—4;—7)

HT 112. A - 2013 - NC Trong mit phing v&i hé toa dd Oy, cho dwong thing A : 2 — y = 0. Pwong tron (€) ¢ ban
kinh R = \/B cit A tai hai diém phan biét 4, Bsao cho AB = 4\/5 Tiép tuyén cta (C) tai A va B cit nhau tai mot diém
thudc tia Oy . Viét phwong trinh dwong tron (C). B/s: (z — 5)2 +(y— 3)2 =10

HT 113. B - 2013 - CB Trong miit phing véi héoa d6 Ozy, cho hinh thang can ABCD c6 hai dwdng chéo vudng goc véi
nhauva AD = 3BC. Pwong thdng BD c6 phwong trinh va tam gidc ABD c6 trwc tAm 1a H(—3;2). Tim toa do cic dinh C,
D.b/s:C(—1;6);D(4;1), D(—8;7)

HT 114. B - 2013 - NC Trong mit phang véi hé toa dd Ozy, cho tam gidc ABC c6 chan dwong cao ha tir dinh A 12

H [% ; é], chan dwong phan giac trong clia goc A la D(5;3) va trung di€ém cua canh ABla M(0;1). Tim toa do dinh C.
D/s: C(9;11)

HT 115.D - 2013 - CB. Trong mt phdng v&i hé toa dd Ozy, cho tam gidc ABC c6 diém M [—%,%J 1 trung diém cta

canh AB, diém H (—2; 4) va diém I(—1;1) 1an lwot 1a chan dwong cao ké tir B va tAm dwdong tron ngoai tiép tam gidc ABC.
Tim toa d6 diém C.B/s: C(4;1);C(—1;6)
HT 116. D - 2013 - NC.Trong m3t phang v&i hé toa dd Ozy, cho dwong tron (O) : (z — 1)2 +(y— 1)2 =4 va dudng

thdng A : y — 3 = 0. Tam gidc MNP c6 tryc tAm trung véi tAm cia (C), cac dinh N va P thudc A, dinh M va trung diém
cta canh MN thudc (C). Tim toa d6 diém P. B/s: P(—1;3); P(3;3)
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