CHUONG II. TiCH VO HUONG HAI VECTO VA UNG DUNG

BAI 1. GIA TRI LUQNG GIAC CUA MOT GOC BAT KY TU 0" pEN 180°
A. KIEN THUC CO BAN CAN NAM
1. Pinh nghia
Vi mdi goc o (00 <a< 1800) ta xac dinh mot diém M trén nira duong tron don vi sao cho

XOM = va gia st diém M c6 toa dd M (x,;Y,).

AY

Khi d6 ta c6 dinh nghia:
e sin cua goc o la y,, ki hi€u sina =y,; M ;
0
e cosin ciia goc a 1a x,, ki hi€u cosa = x;
N\ :
e tang cua goc « la ){—Z(x0 =0), T % o | >

ki hiéu tana = h;
XO

L . X i X
e cotang cua goc o la =*(y, =0), ki hiéu cotar==2.
0 Yo

2. Tinh chét

Trén hinh bén ta c6 dy cung NM song song véi truc Ox va néu xOM =a thi xON =180° —a. Ta

cO Yy =Yy =VYo Xy =—Xy =X,. Do do AY
sin a = sin (180° —a)
cosa = —cos(1800 —a)
N Yo M
tana = —tan (1800 —a)
cota:—cot(lSOO—a). «a ;
o r . o hd r r 4 oA 7X0 O XO
3. Gia tri lwong giac cua cac géc dac biét
Giatri o
0° 30° 45° 60° 90° 180°
luong giac
1
sin «v 0 — ﬁ ﬁ 1 0
2 2 2
1
coSs o 1 ﬁ Q — 0 -1
2 2 2
t 0 : 1 V3 I 0
an s
¢ V3
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1

cota I NG 1 A 0 l

Trong bang ki hiéu "||" dé chi gia tri lugng giac khong xac dinh.

Chu y. Tir gi4 tri lugng giac cia cac goc dic biét di cho trong bang va tinh chét trén, ta c6 thé
suy ra gia tri luong giac ctia mot sd goc dic biét khac.

Chang han:
sin120° = sin (180° — 60" ) = sin 60° = ?

2
cos135° = cos(1800 —45° ) = —cos45" = 7§.

4. Goc giira hai vecto

a) Dinh nghia

Cho hai vecto a va b déu khac vecto 0. Tir mot diém O bat ki ta v8 OA=a va OB =b. Goc
AOB véi sb do tir 0° dén 180° duogc goi 1a goc gitra hai vecto a va b. Ta ki hiéu goc giira hai vecto

avabla (5,5). Néu (5,5): 90° thi ta noi rang a va b vudng goc v4i nhau, ki hiéu 1a a Lb hoic

\B
3 B

bla

b) Chii y. Tir dinh nghia ta c6 (5,6) = (B, a).
duoc 6)
B. CAC DANG TOAN VA PHU'ONG PHAP GIAL

Dang 1 : xac dinh gia tri lwong giac cuia goc dac biét.

1. Phwong phap gidi.
e St dung dinh nghia gia tri lugng giac ctia mdt goc
e Sir dung tinh chat va bang gia tri lugng giac dic biét
e Sur dung cac hé thuc luong giac co ban

2. Cac vi du.

Vi du 1: Tinh gia tri cac biéu thuc sau:

a) A = a*sin90° + b* cos 90° + ¢* cos180°

b) B = 3 —sin® 90 + 2cos® 60° — 3tan® 45°

Gido vién cé nhu cau sé hitu file word vui long Trang 653
lién hé. Face: Tran Dinh Cu. SPT: 0834332133




¢) C = sin*45" — 2sin® 50° + 3 cos® 45" — 2sin® 40° + 4 tan 55°. tan 35"
Loi giai
a) A=a>1+00+ cz.(—l) =a’ -

b) B=3—(1) +2[§]2 —3[%}2 =1

¢) C = sin®45° + 3cos® 45" — 2(sin 50° + sin” 40° ) + 4 tan 55.cot 55

CZ[% J2) 1 3

2
— | —2(sin®50° + cos’40° ) +4 ==+ —-2+4 =4
2 2 2

2

+3

Vi du 2: Tinh gié tri cac biéu thirc sau:
a) A = sin® 3" 4 sin®* 15 + sin® 75" + sin® 87°
b) B = cos0’ + c0s20° + cos40” + ... + cos160° + cos180°

¢) C = tan5" tan10" tan15"... tan 80" tan 85"

Loi gidi
a) A= (sin’3" 4 sin® 87" ) + (sin® 15° + sin® 75"
= (sin2 3% + cos’ 3“) + (Sim2 15° + cos® 15“)
—14+1=2
b) B = (cosO0 + coslSOo) —F(cos200 + coslGOO) +..+ (cos800 +coleO°)

—

cos 0" — cosO°> + <c08200 — C08200> +.+ <cos800 — C08800>

I
o

c) C

(tan 5% tan 85° ) (tan 15" tan 75° ) < tan 45° tan 45° )

= (tan 5’ cot 50)(tan 15° cot 50)...<tan 45° cot 50)
1

Dang 2 : chitrng minh dang thirc lwong giac, chirng minh biéu thirc khong

phu thudc x, don gian biéu thirc.

1. Phwong phap gidi.
e St dung céc h¢ thuc lugng giac co ban
e Sir dung tinh chat cta gia tri luong giac
e Sir dung cac hiang déng thirc dang nhé .

2. Cac vi du.
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Vidu 1: Chitng minh cac dang thirc sau(gia sur cac bi€u thirc sau déu c6 nghia)
a4 4 _ 102 2
a) sin” ¢ 4+ cos’ x = 1 — 2sin” x.cos” x

b) l+cotr tanz +1
1—cotx tanz — 1

CSTEIMT _ fan® o + tan® z + tans + 1

c)

cos® x
Loi gidi
a) sin' z + cos' z = sin' z + cos* z + 2sin® z cos® z — 2sin’ r cos® x
‘2 2\ s 2 2
= (sm T + cos x) — 2sin” x cos” x

=1—2sin’zcos’x

1 tanz +1

1+

1+cotz tanz _  tanz _ tanz +1
1—cotz 1_ 1 tanx — 1 tanzx — 1
tanz tanz
cosz + sinx 1 sinx 5 5
c) - = ;— +——=tan x+1+tanw<tan a:+1)
cos’ cos“T cos’ T

= tan®z + tan?z + tanz + 1

Vi du 2: Cho tam giac ABC . Chirng minh ring

. 3 B , B
Sin 5 COS 5 COS(A+C)
+ — .tan B = 2
[A+C’] . [A+C] sin B
cos sin
2
Loi giai

Vi A+ B+ C = 180" nén

3 E 3D
Sin 2 COS 2 COS(1800 o B)
VT = + — - .tan B
180° — B . (180" — B sin B
cos| ———— sin| ————
2 2
sin® B cos® —
= 2 4 2 _ ‘COSB.tanB:sin2§+0052§+1:2:VP
. B sin B 2 2
sin — Ccos —
2 2

Suy ra diéu phai chirng minh.
Vi du 3: Pon gian cac biéu thirc sau(gia st cac biéu thirc sau déu c6 nghia)

a) A =sin(90° — z) + cos(180° — z) + sin®* z(1 + tan® z) — tan®
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b)B:l\/l 1 e

sinx V1+cosz 1—-cosz

Loi gidi

a) A = cosx — cosz + sin’ 7. —tan’z =0

COS™ T

b) B = 1 \/l—cosx—i-l—i—cosx _\/5

sinz (1 — COSI)(I + cosx)

1 2 _\/5_1 2_\/5

sinz V1 —cos’zx sinz Vsin’z

:6[ ! —1}:\/§cot2:ﬂ

sin?

Vi du 4: Ching minh biéu thirc sau khéng phy thudc vao x.

P = /sin’ z + 6cos? z + 3cos' z + +Jcos' z + 6sin? = + 3sin' z

Loi gidgi

P= \/(1 — cost)2 + 6cos’z + 3cos’ v + \/(1— sin2x>2 + 6sin*z + 3sin'

— Jdcos'z 4+ 4cos’z + 1 ++Jdsin' z + 4sin®z + 1

= \/(QCOSZCL‘ —1—1)2 +\/<QSin2x —|—1)2
=2cos’z 4+ 1+ 2sin’z +1
=3

Vay P khong phu thudc vao z.

Dang 3 : xac dinh gia tri cia mot biéu thirc lwong giac cé diéu kién.

1. Phwong phap gidi.
e Dua vao cac hé thuc lugng giac co ban
e Dua vao ddu cua gia tri lugng giac
e St dung cac hang dang thirc dang nhd

2. Cac vi du.

Vidu 1: a) Chosina = % v6i 90" < o < 180°. Tinh cosa va tana
2 N

b) Cho cosa = 3 . Tinh sina va cota

¢) Cho tanvy = —2v2 tinh gia tri lugng giac con lai.

Loi giagi
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a) Vi 90" < o < 180" nén cosa < 0 mat khac sin* o + cos’ @ = 1 suyra

cosa = —V1 —sin*a = — /1_é:_¥

1
) sin av 3
Do d6 tana = =
cosa D) D)
3

_2
cos« 3 2
cota = —_— = ——
sina /5 J5

3

c) Vi tany = ~22 < 0= cosa <0 mit khac tan’« + 1 =

J 1 1 1
COSsy = — e [,
tan®+ 1 8+1 3

cos? a

, sin o
Tacod tana =

= sino = tana.cosa = —2\/5.[——

Ccos 3
1
cos « 3 1
= cota = = = —
sina 24/2 22
3

tan a + 3cot «

nén

Vi du 2: a) Cho cos « :%Vé*i 0° < a <90 Tinh A =

b) Cho tana = v/2. Tinh B = sin o — cosa

3

sin® a + 3cos® a + 2sina
Loi gidi
1 1
tana + 3—— 9 —+2
t 2
a)Taco A = tang _ tan a3 _ cos'a =1+ 2cos’a
tan® a + 1 1
tan o +
tan o cos® a
9 17

SuyraA=1+2—=—
16 8

tan o + cot « '
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sin o CcoS o

tana(tan2a + 1) — (tanza + 1)

b) B = cos’a  cos’a _
sin3a+3cos3a 2sin a tan3a+3+2tana<tan2a+l)

cos® o cos® a cos® o

V2(2+1)—(2+1) _3(\/5—1)
2243+ 2V2(2+41)  3+8V2

Suyra B =

Vidu 3: Biét sinz + cosz = m
a) Tim sinzcosz va |sin4 x — cos’ :1;|
b) Chiing minh ring |m| < V2
Loi giai
a) Taco (sin:L‘ + cosac)2 = sin’ 7 + 2sinzcosz + cos’ x = 1+ 2sinzcosz (*)

m? —1

Mat khac sinz + cosz = m nén m* = 1+ 2sinacosa hay sinacosa = 5

bit A = |sin4x - cos4x|. Ta co

A= ‘(sian + COS2I)(Sin2$ — coszgp)‘ = |(sinx + Cosx)(sinx — Cosx)|

= A = <sinx + cosx>2<sinx — (3089:)2 = <1 —l—QSinxcosx)(l —QSinxcosx)

2 2 2 4
o= 1+m 1 [_m 1 :3—|—2m m
2 2 4

V3 +2m? —m!

2

Vay A =

b) Ta c6 2sinzcosz < sin®z + cos* z = 1 két hop voi (¥) suy ra
(Sina: + cos:r)2 <2= |sina: + cosa:| < \/5
Vay |m| < \/5

C. CAU HOI TRAC NGHIEM

Caul: Cho haigéc a va g8 voi a+3=90°. Tinh gia tri cua biéu thirc P = sin acos 3+ sin Bcosa .

A. P=0. B. P=1. C.P=-1. D. P=2.

Loi giai
Chon B
Hai goc o va g phu nhau nén sina = cos 3; cosa =sin 3.

Do d6, P =sinacos3+sin Bcosa=sin’ a+cos’a=1.

Gido vién cé nhu cau sé hitu file word vui long
lién hé. Face: Tran Dinh Cu. SPT: 0834332133

Trang 658



Cau2: Cho haigéc o va 8 voi a+3=90°. Tinh gia tri cua biéu thirc P = cosacos 3 —sin sina .

A. P=0. B. P=1. C.P=-1. D. P=2.

Loi giai
Chon A
Hai géc o va 3 phunhau nén sin o = cos 3; cosa =sin 3.

Do d6, P =cosacos 3 —sin @sina =cosasina—cosasina=0.

Cau3: Cho o la goc ti. Khang dinh nao sau ddy la ding?

A. sina<0. B. cosa > 0. C. tana<0. D. cota>0.

Loi giai
Chogn C
Lay goc o =120° sau d6 thir ngugc

Cau4: Cho hai goc nhon o va 8 trong d6 a < . Khang dinh nao sau day 1a sai?

A. cosa < cosp. B. sina <sin 3.

C. cota > cotf. D. tana+tan 3> 0.
Loi giai

Chon A

LAy o =305 =60 sau d6 thir nguoc.

Cau 5: Khing dinh nao sau day sai?

A. c0s75° > cos50°. B. sin80° > sin 50°.

C. tan45° < tan 60°. D. cos30°=sin60°.
Loi giai

Chon A

Trong khoang tir 0° dén 90°, khi gia tri ctia goc tang thi gi tri cos tuong tmg ciia goc d6

giam.

Ciu 6: Khang dinh nao sau day dung?

A. sin90° < sin100°. B. c0s95°> cos100°.

C. tan85° <tan125°. D. cos145° > cos125°.
Loi giai

Chon B

Trong khoang tir 90° dén 180°, khi gia trj cta goc ting thi:

- Gia tri sin tuong ung cua goc do giam.
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- Gia tri cos tuong rng cua goc do giam.
Cau7: Khang dinh nio sau day ding?
A. sin90° < sin150°. B. sin 90°15’ < sin 90°30’.
C. c0s90°30" > cos100°. D. cos150° > cos120°.
Loi giai
Chgn C
Trong khoang tir 90° dén 180°, khi gia trj ctia goc ting thi:
- Gia tri sin tuong ung cua goc do giam.
- Gia tri cos tuong Ung ctua goc do giam.

Cau 8: Chon hé thirc dung dugc suy ra tir hé thirc cos® a+sin’a=1?

A. C0522+Sin22:l. B, C0522+Sinzg:l
2 2 2 3 3 3

C. coszﬁ+sin2g:l. D. 5/cos? L +sin2 L |=5.
4 4 4 5 5
Loi giai
Chon D

s &

1A . a .
T biéu thirc cos” a+sin*a =1 tasuy ra cosngrsm —=1.

Dodotaco s

cos> < 1 sin? 2] =5.
5 5

Cau 9: Cho biét sin % = % Gia tri cua P = 3sin’ % +5cos’ % bang bao nhiéu?

A p=10 B.p=Y c.p=9 p.p=11
25 25 25 25
Loi gisi
Chon B
Ta c6 biéu thirc sin> < +cos? S =1 cos’ 2 =1—sin> < = E
3 3 3 3 25
2
Dodotacd P —3sin22+5coszg—3.[§] —}—5.&:&.
3 3 5 25 25
Ciau 10: Cho biét tana =—3. Gid tri cia P = mo‘_—h?m bang bao nhiéu?
6cosa+7sina
Ap=2 B.P—2. c.p-_12 D.p—-2.
3 3 3 3
Loi gidi
Chon B
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sin «v

Ta ¢ Pzéslna—7c?sa: cosa :6tano¢—7:§.
6cosa+7sin« 6+7SIH04 6+7tana 3
coso

Céu 11: Cho biét cosa = —%. Gidtricua P = cotat3tana bang bao nhiéu?

2cota +tan «

Ap=_12 B.p=12 c.p=2. D.P=_2
13 13 13 13
Loi giai
Chon B
Ta c6 biéu thirc sin2oz—&—cosza:l@sinzazl—coszazg.
cosx sin « 2\ 5
3 o 3 Ya+3sina | 3) 09 19
Ta cb P:cota+ tana: sin o cosa _cosTaf3sin"a 3 9 _o
2cota+tan o pcosa  sino 2cos’ a+sin’ « 22 5 13
sina  cosa EEY )
Ciu 12: Cho biét cota=5. Gia tri cia P =2cos’ a+5sinacosa+1 bang bao nhiéu?
A p=12 B. p-1% c.p=22 p. p-19
26 26 26 26
Loi giai
Chon D
2
Tacd P=2cos’a+5sinacosa+1=sin’a ZC?SZO(—FSC?SOL—&- - 12
sin” « sina  sin’ o
2
:—Z(Zcotzcx—i—Scota—l—l—i—cotzcx):3C0t a—i—Scota—l—lzﬂ'
14 cot” « cot"a+1 26
Cau 13: Cho biét 3cosa—sina=1, 0° <a <90°. Gia tri ciia tana béng
A. tana:i B. tana:i. C. tanoz:i. D. tana:i.
3 4 5 4
Loi giai
Chon A
Ta cod 3cosafsina:1®3cosa:sina+lH9cosza:(sina+l)2
®9c0s2cx:sin2oz+2sina+l(:>9(l—sin2a):sin2a+2sina+l
sina=—1
& 10sin* a+2sina—8=0<| 4 .
sina=—
5
e sina =—1:khong théa man vi 0° <o <90".
. 4 3 sinae 4
e SINdy=—=CosSax=———tanao = =—.
5 5 cosa 3
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Ciu 14: Cho biét 2cosa++2sina =2 , 0° <a<90". Tinh gia tri cia cota.

A. cota:—s. B. cotazﬁ. C. cotoz:ﬁ. D. cotoz:—z.
4 4 4 2
Loi giai

Chgn C

Ta cd 2cosa++2sina=2<2sina=2—2cosa — 2sin’ a :(2—2005@)2

<:>2si1120424780050z+4coszoz<:>2(17cos2 oz):4f8cosoz+4cos2a

cosa=1

& 6cos’a—8cosa+2=0<
cosa =

l.
3
e cosa=1:khong théa man vi 0° <a <90°.

_cosa 2

1 . 2+/2
® COSax=—=8Ina@=————Cotar=— =—
3 3 sin « 4

Cau 15: Cho biét sina +cosa=a. Tinh gia tri cua sin acosa.

A. sinacosa =a’. B. sinacosa =2a

2 2
a l. D. sinacosa =2 211.

C. sinacosa =

Loi giai
Chgn C

L. . 2 2
Tacé 51na+cosa:a—>(51na+cosa) =a

2
. . a —1
<14+ 2sinacosa=2a*> < sinacosa = .

Ciau 16: Cho biét cosa+sina = é Gia tri cia P =+/tan’ a +cot> o bang bao nhiéu?

B.p—_ c.p-2 p.p-LL

A p—2. . .
4 4 4 4

Loi giai
Chon B

, . 1 . |
Ta co cosa+sma:§—>(cosa+sma) =3

. 1 . 4
4:)l+251nacosa:§<:>s1nacosoz=—§.

. 2
Tacd P =+/tan® o +cot’ :\/(tana+cota)2 —2tanacota :\/[m—&—mJ -2

cosa  sina

.2 2 2 2 2
sinateos’all [;] o [_2] P
sin awcos « sin acos o 4 4
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Céiu 17: Cho biét sina —cosa = LS Gid tri cia P =+/sin* a +cos* o bang bao nhiéu?
A. P:E B. P:ﬁ C. P:@ D. P:@.
5 5 5 5
Loi giai
Chon B
;. 1 . 2 1
Ta c6 sina—cosa=—=— (sina—cosar) =—
NG 5
. 1 . 2
< 1—2sinacosa = g & sincosa = g
TacOd P =+/sin* a+cos*a = \/(sinz o+ cos? a)2 —2sin’ acos’ «
:1/1—2(sinacosa)2 :@.
Ciau 18: Cho O 13 tim dudng tron ngoai tiép tam giac déu MNP. Géc nao sau diy bang 120°?
A. (M. P B. (MO.0N). C. (MN.0P). D. (VN WP,
Loi giai
Chon A
V& NE = MN . Khi d6 (WW):(EW) o
= PNE =180° — MNP = 180" — 60° = 120" F “
« V& OF = NG Khi do (MG.0N ) - (GF.ON') = NOF = 60" N
E N M
e Vi MN J_OP—>(MN,OP):90°.
e Tacod (WW) — NMP = 60",
Cau 19: Cho tam giac déu ABC. Tinh P = cos(ﬁ,ﬁ)+cos(ﬁ,(ﬁ)+cos(ﬁ,ﬁ).
A p_B B.p—2. C.p-_2 D.p_ 3V
2 2 2 2
Loi giai
Chgn C
V& BE = AB. Khi do (ﬁ,ﬁ):(ﬁ,ﬁ):@? —180—CBA =120°
8.5 conar
——cos|AB, BC):cos120 :—E.
C
L, — S 1
Tuong ty, ta cling ¢o cos(Bc,CA) - cos(CA, AB) =
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Vay cos(ﬁ,ﬁ)+cos(ﬁ,a>+cos(a,ﬁ) = f% .

Ciu 20: Cho tam giac déu ABC c6 duong cao AH. Tinh (mﬁ)

A. 30" B. 60°. C. 120°. D. 150°.
Loi giai
Chgn D
V& AE =BA. C
Khi d6 (m‘,ﬁ) — HAE = a (hinh v&) o
(0%

o oi/\: 0_ 200 _ 0
=180 BAH =180"—30 150°. B A £

Cau 21: Tam gidc ABC vudng & A va co goc B =50°. Hé thirc nao sau day sai?

A. (ﬁ, %):1300. B. (%, E):w.

C. (ﬁ, @):500. D. (A_c’, CTB):40°.
Loi gidi

Chon D

Vi (R, CT%): 180° — ACB = 180° — 40° = 140",

CAu 22: Tam giac ABC vudng & A vaco BC =2AC. Tinh cos(ﬁ,@).

A. cos(ﬁ,ﬁ) :l. B. cos(ﬁ,@): —l.
2 2
C. cos(ﬁ,(ﬁ): ﬁ D. cos(ﬁ,(ﬁ’;): —ﬁ.
2 2
Loi giai
Chon B
Xac dinh dugc (A_c',cﬁ) — 180" — ACB. c
Taco cosACB=2C -1 AcB— 60"
CB 2
—>(E,ﬁ3’) —180° — ACB =120°
A B
. — . 1
Viy cos(AC,CB| = cos120 =
Cau 23: Cho tam giac ABC . Tinh téng (ﬁﬁ)—k(ﬁ@)—k(@ﬁ)
A. 180°. B. 360°. C. 270°. D. 120°.
Loi giai
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Chon B
(E,B_c’)zlsm—A/B\c
Ta ¢6 (ﬁ,(ﬁ): 180" — BCA

G

CA,AB):lgotc/AE

—>(ﬁ,ﬁ)+(ﬁ,<ﬁ)+(<ﬁ,ﬁ): 540° —(FBE+B/<:7A+<§A\B):5400 —180° = 360",

Cau 24: Cho tam gidc ABC v6i A =60°. Tinh tdng (A_B'EHR,@').
A. 120°. B. 360°. C. 270" D. 240°.
Loi giai
Chon D
(ﬁ,B_c’)z 180° — ABC
Taco{ o
(BC,CA) —180° —BCA
—>(FB',?C’)+(E,€A’) =360" —(ABC +BCA)
—360" —(180" - @E) —=360° —180° +60° = 240",
Ciu25: Tam gidc ABC c6 gbc A bang 100° va co tryc thm H. Tinh tdng
(ﬁ,@)ﬂﬁ,%’%(%,ﬁ).
A. 360°. B. 180°. C. 80~ D. 160°.
Loi giai
Chgon D
(ﬁ,ﬁ) — BHA
Ta cod (ﬁH_C'> —BHC
(%’,ﬁ) —CHA
—>(ﬁ,@)+(ﬁ,%)+(%,ﬁ): BHA + BHC +CHA
=2BHC =2(180" ~100° ) = 160°
(do tir gidc HIAF ndi tiép. Cho hinh vudéng ABCD . Tinh cos(mﬁ).
Céu 26: Cho hinh vudng ABCD tdm O. Tinh tong (ﬁﬁ)—k(ﬁ(ﬁ)%ﬁﬁ)
A. 45°. B. 405°. C. 315" D. 225°
Loi giai
Chgn C
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e Tacod AB,DC cung huéng nén (ATB'%) =0 4 B

A . A (7R AT o
e Tacd AD,CB ngugc hudng nén (AD,CB):180°.
« V& CE = DC, khi d6 (G0, DC )= (CO,CE ) = OCE =135° c 7z
Véy (AE,DC|+(AD,CE)+(c0,DC|
=0°+180° +135" =315".
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BAI 2. TiCH VO HUONG CUA HAI VECTO
A. KIEN THUC CO BAN CAN NAM
1. Dinh nghia

Cho hai vecto a va b déu khac vecto 0. Tich vd huéng ctia « va b 1a mot so, ki hidu 13 a.b, duge

xac dinh boi cong thic sau:

ab= ‘EHB‘ cos(E,B).

Trudng hop it nhit mot trong hai vecto a va b bang vecto 0 ta quy udc a.b=0.

Chuy

e Vé&i a va b khic vecto 0 tacod ab=0<a Lb.

e Khi ¢ =5 tich v6 huéng a.a duoc ki hiéu la & va sb nay dugc goi l1a binh phuong v6 hudng cua
vecto a.

Ta co:

12
al .

—

a =|al.lal.cos0’ =

-2 ‘_.

2. Cac tinh chit ciia tich vd huéng

Nguoi ta chirng minh duoc cac tinh chat sau day cua tich vo hudng:

Véi ba vecto a, b, ¢ bat ki va moi b k ta co:
e ab=ba (tinh chat giao hoan);
o alb+c|=ab+ac (tinh chit phan phoi);

o (ka)b=k(ab)=akb);

Nhén xét. Tix cc tinh chét cia tich v hudng ciia hai vecto ta suy ra:

o (a+b) =d +2ab+5
° (;-Z)z :52 —25.5—1—52;

o (a+8)(a-b)=d -5

3. Biéu thirc toa dd ciia tich vé hwéng

Trén mit phing toa do (0;?‘;}), cho hai vecto a=(a;;a,), b=(h;b,). Khi d6 tich vo huéng ab la:
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ab= ab, +a,b,.

Nhan xét. Hai vecto a=(a;;a,), b=(h;b,) déu khac vecto 0 vudng goc véi nhau khi va chi khi

|a1b1 +a,b, =0.

4. Ung dung
a) Do dai cua vecto

Do dai cia vecto a=(q,;a,) dugc tinh theo cong thic:

2 2 2
‘a‘ =./a +a;.

b) Goc giira hai vecto

Tir dinh nghia tich v6 hudng cta hai vecto ta suy ra néu a = (a;a,) V& b=(b;;b,) déu khac 0 thi ta

co

ab ab _ a,b, + a,b, .
cos(a ) ‘5 b \/a12+a22.\/b12+b22

¢) Khoang cach giira hai diém

Khoang cach giita hai diém 4 (x,;v,) va B(x,;y,) dugc tinh theo cong thirc:

AB:\/<XB _'xA>2 +<yB_yA>2‘

B. CAC DANG TOAN VA PHUONG PHAP GIAL

DANG 1 : Xac dinh biéu thirc tich vé huéng, géc giira hai vecto.

1. Phwong phap gidi.

—

a

—

b

e Duya vao dinh nghia a.b =

cos ( a;b )
e St dung tinh chit va cac hing déng thic ciia tich vo hudng cua hai vecto

2. Cac vidu:

Vi dy I: Cho tam giac ABC vudng tai A c6 AB = a, BC' = 2a va G la trong tam.

a) Tinh cac tich vo hudng: 543_0' ; B_C'CTA

b) Tinh gi4 tri ciia biéu thic AB.BC + BC.CA + CAAB

¢) Tinh gia tri ciia biéu thirc CTAG—B' + @@ + @GTA
Loi gidi (hinh 2.2)
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[
A P B
Hinh 2.2
a) * Theo dinh nghia tich v6 hudng ta co

COS

FABC - |7 |50

ﬂ,%) = ZaZCos(E;l,B—C").

Mat khac cos(ﬂ,?d) = cosA/B\C = 2i = %
a

Nén BABC — o

*Tacod B_C"C_’A = —@E‘l = —‘@H@ cosﬁ

Theo dinh 1y Pitago ta co CA = <2a)2 —a* = aV3

N

2a

Suy ra FO& = —aV3.2a.

—3a®

b) Cach 1: Vi tam giac ABC vudng tai A nén CTifTB =0 vatrcauata
¢6 AB.BC = —a’, BC.CA = —3a’. Suy ra AB.BC + BC.CA + CAAB = —4a’

Cach 2: T Zl—é + 55 + a = 6 va hang dang thirc

—_— —_— —\2 —_— —_— —_—
AB+BO+CA) — AB + BC® +CA* + z(AB.BC + BC.CA+ CAAB|Ta c6

1

AB.BC + BOCA+ CAAB = —_(AB + BC* + CA*) = ~da’

c¢) Tuong tu cach 2 ctia cau b) vi E‘l + G—B) + @ = 6 nén
GAGE + GBGC + GC.GA = ~—(GA* + GB* + GC?)
Goi M, N, P lan luot 1a trung diém cua BC, CA, AB

4a®

2
Dé thay tam giac ABM déunén GA® = [%AM] =

Theo dinh ly Pitago ta co:
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GB® = éBN2 =

2 2
g+ ant) =2 4 30| T
9 9

GC? = SCP* = 2(4C? + 4P")

—
o
)
no
+
=~ |8,
N———
I
@
© s
1)

9 9

- —_— —_— 2 2 2 2
Suy ra GAGB + GBGC + GC.GA = _;[% Ll 13a ] _ _4%

Vi du 2: Cho hinh vuéng ABCD canh a. M 1a trung diém cta AB, G 1a trong tam tam giac ADM .
Tinh gia tri cac biéu thirc sau:
a) (AB + AD)(BD + BO) b) 5@.(5%51\7)
Loi gidi (hinh 2.3)
a) Theo quy tic hinh binh hanh ta c6 ZE + ZB = A_C—"

_ s — —

Do dé (AB + AD)(BD + BC) = AC.BD + AC.BC

A M B
:51.679':‘071‘.‘513 cosACB .
G
(AC.BD = Ovi AC | BD)
D C
Mit khac ACB = 45" va theo dinh 1y Pitago ta co : Hinh 2.3
AC =a* +a* = a2

_— — —

Suy ra (A_B' + AD)(BD + BC) = a.aN2cos 45" = o’
b) Vi G la trong tam tam giac ADM nén 55 = EB + CTA + CTJ\Z

Mit khac theo quy tic hinh binh hanh va hé thic trung diém ta c6 CTA = - ( E + E) va

Gii — 1(CB + ) - 1[GB - (15 + D) — -1( 15 + 24D)

Suy 1o G = A5 - (4B + 4D - (4B + 24D) (215 + 240 |
Tatsico A+ D = (4B -+ AD) + A 4D = -| L 45 + 24D
Nen CG.(CA + D) = 347 + 24D | ;47 + 241 |

2
— ZABQ L gAp? = 2le
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Vi du 3: Cho tam giac ABC ¢6 BC = a, CA = b, AB = c. M la trung diém ctia BC, D 1a chan

duodng phan giac trong goc A.

a) Tinh EE ,10i suy ra cos A.

2

—_—2 —

b) TinhAM va AD
Loi gidgi (hinh 2.3)

a) Ta cod A

—_— — 2 —2 —_— —\2
AB.AC:%[AB L AC —(AB—AC’)]

= %[AB2 + AC? —CB2]:%(02 +b> —a*)

B~ D M °C
Mat khac ABAC = AB.AC cosA = cheos A Hinh 2.3
2 22
Suy ra %(02 +b* —a’)=cbcosA hay cosA:%

b) * Vi M la trung diém ctia BC nén AM :%(Zg—l—A_C—")

— 2 —_— —\2 —2 —_— —2
Suy ra AM :i(ABJrAC’) :i[AB +24BAC + AC ]
Theo céu a) ta c6 ABAC = %(02 + b — a2) nén

——2 2(0* +¢c*)—a’
AM 21024—2.1(02—}—[)2—(12)-1—1)2 = < )

4 2 4
* Theo tinh chit duong phan gidc thi g—g :j—g :%
Suyraﬁ:%m:%m *)

Mit khéc BD = AD — AB va DC = AC — AD thay vio (*) ta duoc

E—E:%(ﬁ—ﬁ)@(b+0)ﬁzb@+cﬁ

2—»2 —\2 ——— —\2
& (b+c) AD =(bAB) +2bcABAC +(cAC)
<::>(b—|—c)QXl.j2 :b202—|—2bc.%(02—|—b2—a2)+02b2

—2 bc
< AD = b+c—a)(b+c+a
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Hay EQZ( p(p—a)

Nhgn xét : Tt céu b) suy ra d§ dai dudong phan giac ké trdinh A 1a [, = iiﬁ
c

p(p—a)

Dang 2: chitng minh céc ding thirc vé tich voé huwéng hoic do dai ciia doan thing.

1. Phwong phap gidi.

e Néu trong déang thirc chira binh phuwong do dai cia doan thang thi ta chuyén vé vecto nho

dang thic AB? = Ez
e Sir dung céc tinh chat cua tich vo hudng, cac quy tic phép toan vecto
e Sir dung hang déang thirc vecto vé tich vo hudng.
2. Cac vi du:
Vi du I: Cho I 13 trung diém cta doan thing AB va M 1a diém tuy .
Chung minh rang : MAMB = IM? — [A?
Loi gidi:

2 2

Ping thirc can chirg minh duoc viét lai 1a MA% = Iﬂ — El

Dé lam xuat hién IM, IA & VP, sir dung quy tic ba diém dé xen diém I vao ta dugc

Ve (3 + TA).(3 + 1B) = (3 + 14).( - 7

—_2 —2
=IM —IA = VP (dpcm)
Vi du 2: Cho bon diém A, B, C, D bét ki. Ching minh rang:

DA.BC + DB.CA + DC.AB = 0(%).

Ttr d6 suy ra mot cach chimg minh dinh 1i: "Ba dudng cao trong tam giac dong qui".

Loi giai:
Ta co: BEEE + BECTA + D_éﬁ
~ DA(DC - DB + DE:(DA - C) + DC.( DB - D4
= DADC — DA.DB + DB.DA — DB.DC + DC.DB — DC.DA = 0
(dpem)
Goi H 1 giao ciia hai dudng cao xuat phat tir dinh A, B.

Khi d6 ta c6 HABC = 0, HC.AB = 0 (1)

Tir dang thirc (*) ta cho diém D trung voi diém H ta duoc
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_— _— —

HABC + HB.CA + HC.AB = 0 (2)

Tu (1) (2) taco ﬁcﬁ = 0 suy ra BH vudng goc véi AC

Hay ba duong cao trong tam giac dong quy (dpem).

Vi du 3: Cho nira duong tron duong kinh AB. C6 AC va BD 1a hai day thugc nira duong tron cat
nhau tai E. Chtirng minh rang : AEAC + BE.BD = AB?

Loi gidi (hinh 2.4)
Ta ¢6 VT:ZE.(ZE+EE)+§E.(EZ+ZB) c
D
— AEAB + AE.BC + BE.BA + BE.AD =
Vi AB la dudng kinh nén ADB =90°, ACB =90° 4
Hinh 2.4

Suy ra EB_C" =0, ﬁﬁ =0

_ _— —2

Dodé VT = AE.AB + BE.BA — AB(AE + EB) AB = VP (dpem).

Vi du 4: Cho tam giac ABC ¢6 BC = a,CA =b,AB = ¢ va I la tim dudng tron noi tiép. Ching
minh rang alA?> 4+ bIB* + cIC* = abe

Loi gidi:
— — - - — N — 2
Ta co: alA + bIB + cIC = 0 = (aIA 4 bIB + cIC) ~0

S 2TA? + BB + IC? + 2abIAIB + 2beIBIC + 2calC.IA = 0

= a?TA? + B2IB® + *IC? + ab(IA2 + IB* — AB2) +
+ bc(IB2 +10? — BO2)+ ca(IA2 + 107 — CAQ) =

= (a2 +ab + ca)IA2 + (b2 +ba + bc)132 +
+ (02 + ca + cb)](72 — (ab02 + ab’c + ach) =0

= (a +b+ c)<a2IA2 + b’ IB* + 62102) = <a +b+ c)abc

= a’IA* + b’IB? + ¢*IC* = abc (dpcm)

Dang 3: tim tip hop diém thoi man ding thirc vé tich vé hwéng hoic tich d dai.

1. Phwong phap gidi.
Ta sir dung céc két qua co ban sau:

Cho A, B 1a cac diém cd dinh. M 1a diém di dong
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. Néu ‘AM‘ — & véi k 12 s6 thuc duong cho trrée thi tap hop céc diém M 1a dudng tron tam

A,bankinh R = k.
e Néu MZ% = 0 thi tap hop cac diém M la duong tron duong kinh AB

e Néu MA.a = 0 v6i a khac 0 cho trude thi tap hop cac diém M la duong thang di qua A va
vuong goc voi gia cia vecto a
2. Cac vi du.
Vi du 1. Cho hai diém A, B c6 dinh c6 d6 dai béng a, vecto a khac 0 va sd thuc k cho trude. Tim
tap hop diém M sao cho

a) MZFB = 3_@2
4
b) MAMB = MA?
Loi gidi:
a) Goi I 14 trung diém ctia AB ta ¢
- 342

_ 2 _ —_ —_ —_
MAMB — 3% N (MI n IA)(MI n IB) ==

2 ) _ 30 B T4
& MIP - 1A° = T(DO IB=—-IA)

a®>  3a’

o M =— 4+
1t
S M =a
Viy tap hop diém M la duong tron tim I ban kinh R = a

_ _ —2

b) Tac6 MA.MB = MA* < MAMB = MA
@VA.(W—%):O@M.Q:O@WLQ

Vay tap hop diém M la dudng thang vudng goc véi duong thang AB tai A.

Vi du 2: Cho tam giac ABC . Tim tdp hop diém M sao cho | MA + 2MB + 3CB |BC = 0

Loi gidi (hinh 2.4) 4
Goi 1 1 didm xéc dinh béi A + 21B = 0 MY 1
Khi dé (ﬂ+2ﬁ+3@)37} ~0

o - B 37 ®c
N [(MJ+IA)+2(M[+IB)}.BC — 3BC* Hinh 2.4

= ﬁ% = BC?
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Goi M, I' 1an Iuot 1 hinh chiéu cua M, I 1én duong thang BC

Theo cong thirc hinh chiéu ta co MI.BC = M'I'BC dodé M'T'.BC = BC”

Vi BC? >0 nén M'I', BC cung hudng suy ra

M'I'BC = BC* & M'I'.BC = BC* & M'I' = BC

Do I ¢6 dinh nén I' ¢b dinh suy ra M' ¢d dinh.

Vay tap hop diém M la duong thing di qua M' va vudng goc voi BC.
Vi du 3: Cho hinh vuéng ABCD canh a va sb thuc k cho truéc.

_— _—

Tim tap hop diém M sao cho MA.MC + MB.MD = k

Loi gidi (hinh 2.5)
A B

Goi I la tam cua hinh vuong ABCD v
Tacé : MAMC = (J\_/[}—F}Z)(]\_ﬁ—i—ﬁ)
e 4 M1 4 7A) + TATC N

v D C
= MI* + IAIC Hinh2.5
Tuong tu MB.MD = MI” + IB.ID

Nén MAMC + MBMD = k < 2MI? + IBID + IAIC = k

& 2MIP — IB* — IA* = k & MTI? 224—[142

& MI? :§+a2

2
@MI:\/5+IA2 :\/m
2 2

Néu k < —a® : Tap hop diém M la tap rdng
Néu k = —a? thi MI = 0 < M = I suy ra tap hop diém M 1a diém I

2
Néu k> —a® thi MI = /"1 @

k+ a®
2

suy ra tip hop diém M la dudng tron tim I ban kinh R =

DANG 4: Biéu thirc toa dd ciia tich vo hwdng.

1. Phwong phap giai.

—

e Choa= (z;9,), b= (z,;y,). Khido
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- -

+ Tich v6 hudng hai vecto 1a a.b = z,z, + y,9,

+ Goc cua hai vecto dugc xac dinh baoi cong thic

- =

COS(; g) _eb 5T + Yl
Vo + i+

—

a

—

b

Chiy:a Lb&ab=0% 21, +yy =0

e Dé xac dinh d6 dai mot vecto doan théng ta st dung cong thirc

—

+Néu a = (z;y) thi |a

— x2+y2

+Néw Alwiy,), Blogiuy) thi AB = (@, —2,)* + (0, — v,)°
2. Cac vi du.
Vidu 1: Cho tam giac ABC c6 A(L;2), B(—2;6), C(9;8).
a) Chirng minh tam giac ABC vudng tai A.
b) Tinh géc B cua tam giac ABC
¢) Xéac dinh hinh chiéu cta A 1én canh BC
Loi giai:
a) Tacod AB(—3;4), AC(8;6)= AB.AC =—38+4.6=0
Dodé AB L AC hay tam giac ABC' vudng tai A.
b) Tacé BC(11;2), BA(3;—4)

Suy ra cosB:cos<FC,E4): 11.3+2.(—4) _ 1

JIT 42232 4 (—4)

S

¢) Goi H(z;y) 1a hinh chiéu ciia A 1én BC.

Tacé AH(z—1;y—2), BH(z+2y—6), BC(11;2)
AH 1 BC < AHBC =0 11(z—1)+2(y—2)=0
Hay 11z 4+2y—15=0 (1)

- ) —
Mat khac BH,BC' cung phuong nén a;;; :%3 S22 —11ly+70=0 (2)

Tir (1) vé (2) suy ra x:%,y:%

Vay hinh chiéu ciia A 1én BC la H[%%]
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Vi du 2: Cho hinh thoi ABCD c6 tam [ <1;1>, dinh A<3;2) va dinh B ndm trén truc hoanh. Tim
toa do cac dinh con lai cua hinh thoi.
Loi gidi:
Vi B nam trén truc hoanh nén gia st B(O;y)
Vil la tam hinh thoi ABCD nén I 1a trung diém ciia AC va BD
Suyra C' = (2:61 — 3,32y, — yA) = (—1;0), D = (2:[7[ — T2y, — yB) = <2;2 — y)
Dodo AB=AD & AB* = AD* = 9+ (y—2) =1+¢* & y=3
Vay B(0;3), C(—10), D(2—1)
Vi du 3: Cho ba diém A(3;4), B(2;1) va C(—1;—2). Tim diém M trén dudng thang BC dé goc
AMB = 45"
Loi gidi:
Gia st M (z;y) suyra MA(3 —x;4—y), MB(2—2;1—y), BC(—3;—3)

Vi AMB = 45 suy ra ‘cos@‘ = ‘cos(m;m)‘

[MABC| 3 |-3(3—x)-3(1—y)

 cos45’ ZW@T_\/Q—@HM—@W%?)

eJB-zy+A—y) =|z+y—7
Mit khac M thudc dudng thing BC nén hai vecto We, BC cung phuong

2_3$:1_—?3J<:>x:y+1thévao(*)taduqc

Suy ra

J2—yP +(4—y)P =|2y—6| = y* —6y+8=0y=2 hoic y =4

+V6iy=2=1=3,taco MA(0;2), MB(—1;—1) = cos AMB = COS(FA;W) = —%

Khi d6 AMB = 135" (khong thoa man)

+V6i y=4=z=>5, MA(-2;0), MB(—3;—3) = cos AMB = cos(m;FB) _L

&

Khi d6 AMB = 45"
Vay M(5;4). 1a diém can tim.
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Vi du 4: Cho diém A4(2; 1). Lay diém B nam trén truc hoanh c6 hoanh d khong am sao va diém C
trén tryc tung c6 tung do duong sao cho tam giac ABC vudng tai A. Tim toa d6 B, C dé tam giac
ABC c6 dién tich 16n nhat.

Loi gidi:
Goi B(b;0), C(0;¢) v6i >0, ¢>0.
Suy ra E(b—2;—l), R’(—Z;c—l)

Theo gié thiét ta c6 tam gidc ABC vudng tai 4 nén
ABAC=0< (b-2)(-2)-1.(c-1)=0cc=-2b+5

Taco S, 0 = %AB.AC = %\/(b—2)2 +14/27 +(c—1)

=(b-2+1=b"-4b+5

Vi ¢>0 nén —2b+5>0:>0£b<§
’ \ A 2 ,e 5
Xéthamso y=x"—4x+5 voi OSX<E

Bang bién thién

N | i

5 — ___—

YRV

Suy ra gié tri 16n nhat cia ham s y = x> —4x+5 véi 0Sx<§ 1a y=5 khi x=0. Do d6 dién tich
tam gidc ABC 16n nhat khi va chi khi =0, suyra c=5.
Vay B(0;0), C(0;5) la diém can tim.
C. CAU HOI TRAC NGHIEM
Vin dé 1. TICH VO HUONG CUA HAI VECTO

Caul. Cho a va b 1a hai vecto cung hudng va déu khac vecto 0. Ménh dé nao sau ddy dung?

A. ab=[al . B. ib—0. C. ab=-1. D. ai— il .
Loi giai
Chon A
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Tacod ab= |5|.|Z|.cos(3,1;) .
Do @ va 4 1a hai vecto cung huéng nén (Z,Z) =0° ——»cos(;,5> =1.

Vay ab=[il i

Cau2. Cho haivecto a va b khac 0.Xéc dinh goc o giita hai vecto @ va 5 khi E.Z:—|Z|.|Z|.
A. o =180 B. a=0° C. a«=90" D. o =45"
Loi giai
Chon A
Tacod ab= |5|.|Z|.cos(3,1;) .
Ma theo gia thiét a.b = (a.5) = —1——(a,B) = 180"
Cau3. Cho haivecto @ va b théa min |§| =3, |E| =2 va 4.b =-3. X4c dinh géc o giita hai vecto
a va b.
A. a=30" B. o =45 C. a=60" D. a =120
Loi gidi
C e R (e - -3 1 - 0
Ta co a.b:|a|.|b|.cos(a,b)—>cos( ) :—:—— (a,b):lZO )
0 Ibl 2
Chon D
Caud. Cho hai vecto @ va 5 théa man |§|:|Z|:l va hai vecto 17:%2—35 va V=a+b vudng
goc voi nhau. Xac dinh goc o gitta hai vecto a va b,
A. a=90". B. a=180". C. a=60". D. a=45".
Loi giai
Chon B
Tac i 17— =0 |2 3b|fi+5) =0 2 - Da-3b o
el
L @b B
Suy ra cos(a,b): — :—1—>(a,b):180.
al |3
Cau 5. Cho hai vecto  va b. Dang thirc nao sau day sai?
N 1 N ) ) -
A. a.b:E[|a+b| b ] B. b=~ [| P+ —fa- b|]
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2 2

C. 5.5:1[|a+5
2

—|a‘—b

2 N l N
]. D. a.b:—[|a+b
4

—|a‘—b

]
Loi giai
Chon C

A X \ , , 1A A1 o1 4 ;. s oM e -
Nhan thay C va D chi khac nhau vé h¢ s6 > va " nén dép an sai s€ roi vao C hoac D.

, |- -2 - ) - -\2 - -\2 - RN 1 - N - )

Ta cod |a—|—b —|a—b :(a—|—b> —(a—b) :4ab—>a.b:2[|a+b —|a—b ]
, N -2 - —\2 - - - - RN RN RN RN S12 ) RN

o A dlng, vi |a—|—b| :(a+b) :(a—l—b).(a—i—b):a.a+a.b+b.a—|—b.b: a| +|b| +2ab

I T
—>a.b:—[|a+b| —|a| —|b| ]

2

, .|~ 512 - —\2 - - - - RN RN RN RN -2 |2 RN
o B dung, vi |a—b| :(a—b) :(a—b).(a—b):a.a—a.b—b.a+b.b: a +[5] —2a5

N 1 o2 )2 N )2
—>a.b:—[|a| +|b| —|a—b| ]

2
Ciu 6. Cho tam giac déu 4BC c6 canh bang a. Tinh tich vé huéng 4B.4C.
2 2 2
A. 4B.AC =24, B. ABAC=-1 2*/3 C. AB.AC:—“7 D. AB.AC:“7
Loi gidi
Chon D
Xac dinh dugc goc (E’R) 1a gbc 4 nén (Eﬁ) = 60"
2
Do d6 4B.AC = AB.AC.cos(4B, AC) = a.a.cos60° :“7
Cau 7. Cho tam giac déu 4BC c6 canh bang . Tinh tich vo huéng 4B.BC.
2 2 2
A. 4B.BC=a". B. ABBC =12 f C. AB.BC:—%. D. AB.BC:%.
Loi giai

Chon C

Xac dinh duogc goc (E,B?) 1a goc ngoai ciia goc B nén (E,ﬁ) =120".

2
a

Do d6 4B.BC = AB.BC. COS(E,B_C") =a.a.cos120’ = -

Cau8. Goi G latrong tAm tam gidc déu ABC c6 canh bang «. Ménh dé nao sau day 14 sai?
—— 1, T 1, —— 4 —— 1,
A. ABAC=—d". B. ACCB=—-a". C. GAGB=—. D. 4B.AG =—a’.
2 2 6 2
Loi giai
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Chon C
Duya vao dap an, ta c6 nhan xét sau:
e Xac dinh dugc goc (ﬁﬁ) la gbc 4 nén (ﬁ,ﬁ):m(’.
2
Do d6 AB.AC = AB.AC.cos(AB,AC) = a.a.c0860° = "7 —— A ding.
e Xac dinh dugc goc (ﬁ,@) 1a géc ngoai cia goc C nén (ﬁ,@): 120°.
2
Do d6 AC.CB = AC.CB.cos(A C,CB) = aa.cos120" = f’? — . B ding.
e Xéc dinh dugc goc (a@) 1a gbc AGB nén (a,@): 120°.

2
Do d6 GA.GB :GA.GB.cos(GA,GB):%. .c0s120° = —% — . C sai.

&=

e Xac dinh dugc goc (ﬁ,ﬁ) 12 gbc GAB nén (E,E):m‘).

2

Do d6 AB.AG = AB.A G.cos(ﬁ,m) =a.—.c0s30° = % —— D dung.

4
i
Cau9. Cho tam giac déu 4BC c6 canh bang a va chiéu cao 4H . Ménh dé nao sau day 1a sai?

2 2

A. AH.BC = 0. B. (E’,ﬁ):lso“. C. E.A_C’:%. D. A_C'.CTS:%.

Loi gidi
Chon D
Xéc dinh dugc goc (RC_E) 1a gbc ngoai cia goc 4 nén (EC?) =120".

2

Do d6 AC.CB = AC.CB.COS(E,@) =aa.cos120° = —%.

Cau 10. Cho tam gidc 4BC vudng cantai 4 va cd AB=AC =a. Tinh 4B.BC.

A. AB.BC = —d. B. AB.BC = 4&*.
2 2
C. 4BBC=-12 */5. D. AB.BC:“*/E.
2 2
Loi giai
Chon A

Xéc dinh duoc goc (E,B?) 12 goc ngoai ciia goc B nén (A_B',R) =135,
Do d6 4B.BC = AB.BC.COS(E,B_C) =a.a2.cos135" = —4°.

Cau 11. Cho tam gidc 4BC vudngtai 4 va cd AB=c, AC =b. Tinh BA.BC.

A. BA.BC =" B. BA.BC = ¢’.
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C. BABC =b* +¢. D. BABC =b* — .

Loi giai
Chon B
Ta c¢6 BA.BC — BA.BC. cos(ﬂ,B_c') — BA.BC.cos B = cAlb* + ¢ % —
b +c

Cach khac. Tam gidc 4BC vudngtai 4 suyra 4B L AC = AB.AC =0.
Ta co ﬁ.ﬁzﬁ.(ﬁ—kﬁ) —BA +BAAC=AB* = ¢
Cau 12. Cho tam giac 4BC ¢6 4B=2cm, BC=3 cm, C4 =5 cm. Tinh CA.CB.

A. CACB =13. B. CA.CB =15. C. CACB=17. D. CACB =19.
Loi giai
Chon B
Tacod AB+BC=C4 = badiém 4, B, C thrfmg hang va B nam gitta 4, C.
Khi d6 C4.CB :CA.CB.cos(FA,C?}') —3.5.c050° = 15.
_ _ —\2 —_—
Cach khac. Ta co 4B> = 4B = (CB—CA) — CB* —2CBCA +CA>
1

_>c7§071:1(CB2 +CA* — 4B )= (3" +5° -2°) =15,
2 2

Céu 13. Cho tam gidc 4BC ¢ BC=a, CA=b, AB=c. Tinh P = (E+R).B_c'.

2 2
A P=b—¢. B. p-SH0
2
C P_cz—i—bz—l—a2 D P_c2—}—bZ—a2
. — . —
Loi giai
Chon A

Ta o6 P (75 + 7€) B¢ (15 + 4C). (5 + AT},
:(R+E).(R—E):A_C’2 _AB — AC* —AB* = b — ¢,

Cau 14. Cho tam giac 4BC ¢6 BC=a, CA=b, AB=c. Goi M latrung diém canh BC. Tinh AM.BC.

2 2 L 2 2
A A== B. AM.BC =" ;b .
2 2 2 2 2 2
C. A e @ D. 4M.BC-SF0—@
Loi giai
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Chon A
Vi M 14 trung diém ctia BC suyra 4B+ AC =24M.
Khi d6 AV BC = (4B + AC) BC = +(4B + AC). (B4 + AC
2 2
:l(ﬁ—&-ﬁ).(ﬁ—ﬁ):l(ﬁz—EZ):l(ACZ—ABZ):H.
2 2 2

Ciu 15. Cho ba diém 0, 4, B khong thing hang. Diéu kién can va da dé tich vo hudng

(o7+(ﬁ)ﬁ=o la

A. tam gidc 048 déu. B. tam gidc 0O4B can tai O.

C. tam giac 048 vuodng tai O. D. tam gidc 0O4B vudng can tai O.
Loi giai

Chon B

Ta c6 (04 +08).45 = 0 < (0 + 0B) (08 —04) =0

—2  —2
< OB —04 =0<O0B*—04* =0 < OB =0A.

Cau 16. Cho M, N, P, 0 1a bdn diém tuy ¥. Trong cac hé thirc sau, hé thirc nao sai?

A. W(}WD'HJ_Q'):W.WJFW.P_Q'. B. MP.MN = —MN.MP .

C. MN.PO = PO.MN . D. (W—}TQ)(WHTQ):MNZ—PQZ.
Loi gii

Chon B

Dap an A dang theo tinh chat phan phbi.
Dép 4n B sai. Sira lai cho diing MP.MN = MN.MP .
Dap an C dung theo tinh chat giao hoan.
Pép an D diing theo tinh chat phan phdi.
Ciau 17. Cho hinh vuéng 4BCD canh 4. Tinh 4B.AC.

V2

A. ABAC = d*, B. AB.AC — a’\2. C. 4BAC="2a.  D. E.A—C":%az.

Loi giai

Chon A
r T A~ A 0 A AD A 0 \/5 2
Ta cb (AB,AC):BAC:45 nén AB.AC = AB.AC.cos45 :a.a\/E.T:a .

Cau 18. Cho hinh vuéng 4BCD canh a. Tinh P = F(@+@)
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Cau 19.

Cau 20.

Cau 21.

A. P=-1. B. P=3d". C. P=-3d4"
Loi giai

Chon C

Tir gia thiét suy ra AC = a2,

2

Taco P :R.(@+a): ACCD + AC.CA =—CA.CD— AC
=—CA.CD cos(a,@)—ACZ = —g+/2.a.cos45° —(aﬁ)z =—3d%.
Cho hinh vudng 4BCD canh a. Tinh P=(E+F>.(ﬁ+ﬁ+ﬂ).

A. P=2\2a B. P =24 C.P=d.
Loi giai
Chon D

|BD=a\2
Tacd i . . . .\ —— .
BC+BD+BA:(BC+BA)+BD:BD+BD:23D
Khi dé P:(ﬂﬂﬁ).zﬁ:2@.@4@%.@:72@.@%

=—2.BA.BD cos(ﬂ,ﬁ) = 72.a.aﬁ.% =-24".

Cho hinh vudng 4BCD canh a. Goi E 1a diém dbi xtg cia D qua C.

A. AE.AB =24 B. AE.AB =34’ C. AE.AB =54".
Loi giai

Chon A

[
kT

[~

C c E

Ta co C la trung diém ciia DE nén DE =2a.

Khi d6 AE.5 — (4D + DE . 4B — AD.AE + DE 45
0

— DE AB. cos(ﬁ,ﬁ) — DE.AB.cos0’ = 24°.

D. P=24".

D. P=-24%

Tinh AE.AB.

D. AE.AB = 54°.

Cho hinh vuéng 4BCD canh bang 2. Piém M ndm trén doan thing 4C sao cho

AM :%. Goi N 1a trung diém ctia doan thang DC. Tinh MB.MN.

A. MB.MN = —4. B. MB.MN =0. C. MB.MN = 4.

Loi giai

D. MB.MN =16.
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Chon B

.
tm

L=

N c

Gia thiét khong cho goc, ta phén tich cac vecto MB, MN theo cic vecto c6 gia vudng goc

v&i nhau.

.m:ﬁ_m:A—B‘_lA—c‘:E_l(A—B’M—D’):iE_lm
4 4 4 4

e e T

— 4D + 1 4B~ L (4B + 4D)=> 4D + L 4B. Suy ra:

2 4 4 4

_— 3— 1 —|(3— 1— 1/ —— —2 —_—2 ———

MB.MN =|~AB——AD ||=AD +—AB|=—|34B.AD +34B —3AD —AD.AB

4 4 4 4 16
1 2 2
=—(043d’ —34’ —0)=0.

16

Cau 22. Cho hinh chit nhat 4BCD c¢b 4B =8, AD =5. Tich 4B.BD.

A. AB.BD =62. B. AB.BD = 64. C. 4B.BD = —62. D. 4AB.BD = —64.
Loi giai
Chon D

Gia thiét khong cho goc, ta phan tich cac vecto 4B, BD theo cac vecto c¢6 gia vudng goc

v&i nhau.

-
L=

A
D
Ta c6 AB.BD — E.(ﬂﬂ?c’):ﬁ.ﬂ#ﬁﬁ@: “ABAB+0=—AB>——64 .
CAu 23. Cho hinh thoi 4BCD ¢6 AC =8 va BD —=6. Tinh AB.AC.
A. AB.AC =24. B. 4B.AC = 26. C. AB.AC =28. D. 4B.AC =32.
Loi gidi
Chon D

Goi 0=4CnBD, gia thiét khong cho goc, ta phan tich cac vecto 4B, AC theo cac vecto
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c0O gia vudng goéc voi nhau.
Ta co
AB.AC— (40 + 0B .4C = 40.AC + 0B.AC = L ACAC +0= 1 AC* =32,
Ciu 24. Cho hinh binh hanh 4BCD ¢b6 AB=8 cm, AD =12 cm, goc ABC nhon va dién tich bang

54 cm®. Tinh COS(A—B',B_C‘).

A. cos(ﬁ,ﬁ):%. B. cos(ﬁ,%):—%.
C. cos(AB BC) 5\/— D. COS(E,E):—%.

Loi giai

Chon D

A o
B c

Tacod S, =280 =54 S,,,c =27cm?’. Dién tich tam giac ABC la:

S.1ue = . AB.BC.sin ABC = - AB.AD.sin ABC.
2 2

= sin ABC = ——&45¢ 2Sampe 227 _ 9
AB.AD 8.1 16
— — 5
———c0osABC =V1—sin*> ABC :—(Vl 4BC nhon).

Mit khac goc giita hai vecto 4B, BC 1a goc ngoai cia goc ABC

Suy ra cos(ﬁ,ﬁ) = cos[180° —ABC] — cosABC = — %

Cau 25. Cho hinh chii nhét 4BCD c6 AB=a va AD=ayJ2 . Goi K la trung diém cua canh 4D.
Tinh BK.AC.

A. BK.AC=0. B. BK.AC=-a*\2.  C. BK.AC=d*\2. D. BK.AC =24.
Loi giai
Chon A
A4 E D

B

]

Ta cd AC =BD =+JAB* + AD* =\2d* +d* = a 3.
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|BK=BA+AK =B +-4D
Ta co 2
AC=AB+AD

B AC =[5 + L 4D (45 + 4D

_— —_— _— —_— 2
— BA.AB +BA.AD +%AD.AB+%AD.AD — & +0+O+%(a\/§) =0.

Ciu 26. Cho tam giac 4BC . Tap hop cac diém M thoa man m’(mﬂﬁ) =0 la:
A. mot diém. B. duong thang. C. doan thang. D. dudng tron.
Loi giai
Chon D
Goi I 1a trung diém BC —— MB + MC =2MI.
Ta co W(W+FC):O & MA2MI =0 & MAMI =0 MA 1 MI . (%)
Biéu thirc (*) chimg t6 M4 L. MI hay M nhin doan 4/ dudi mot goc vudng nén tap hop
cac diém M 1a duong tron duong kinh 41,
Cau 27. Tim tap cac hop diém M théa man W(ererM_'C): 0 vO1 4, B, C la ba dinh cua
tam giac.
A. mot diém. B. dudng thing. C. doan thang. D. duong tron.
Loi giai
Chon D
Goi G la trong tAm tam gidc 4BC—— MA + MB + MC =3MG.
Ta co m(erm—km):o & MB3MG =0 < MB.MG =0 < MB L MG. (*)
Biéu thire (*) ching t0 MB L MG hay M nhin doan BG dudi mot goc vuodng nén tap hop
cac diém M 1a duong tron duong kinh BG.
Ciu 28. Cho tam giac 4BC . Tap hop cac diém M thoa man MA.BC =0 la:
A. mot diém. B. duong thang. C. doan thang. D. dudng tron.
Loi gidi
Chon B
Ta cd6 MA.BC =0« MA L BC.
Vay tap hop cac diém M 1a duong thang di qua 4 va vudng goc véi BC.
Cau29. Cho hai diém 4, B cb dinh co khoang cach bang «. Tap hop cic diém N thoa man
AN AB =24 la:
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A. mot diém. B. dudng thing. C. doan thang. D. duong tron.
Loi giai

Chon B

Goi € 1a diém ddi ximg cia 4 qua B . Khi d6 AC =24B.

—_— — 2

Suy ra 4B.AC=24B =2a’.

Két hop v6i gia thiét, ta cO AN. 4B = AB.AC

@E(ﬁ—ﬁ):O@E.(ﬁW:O@CN L AB.

Vay tap hop cac diém N 1a duong thang qua C va vudng goc v4i 4B.

Céiu 30. Cho hai diém 4, B ¢b dinh va 4B =8. T4p hop cac diém M théa min MA.MB =—16 la:
A. mot diém. B. dudng thing. C. doan thang. D. duong tron.
Loi giai
Chon A
Goi 7 1a trung diém cta doan thang 4B——14 = —IB.
Ta c6 MAMB = (W+H)(W+E§): (W+17)(W—17{)
M —TA =M —14® = mr - AB
Theo gia thiét, ta c6 M1> fAfz — e mr = A 716:§716:0;>M =1
Cau 31. Trong mat phfmg toa dd Oxy, cho ba diém 4 (3;—1), B(2;10), C(—4;2). Tinh tich v6 huéng
AB.AC.
A. 4B.AC = 40. B. 4B.AC = —40. C. 4B.AC =26. D. 4B.AC =-26.
Loi giai
Chon A
Tacd 4B =(-1;11), AC =(-7;3).
Suy ra 4B.AC =(—1).(=7)+11.3 = 40.
CAu 32. Trong mit phang toa dd Oxy, cho hai diém 4(3;—1) va B(2;10). Tinh tich v6 hudng
A0.0B.
A. 400B = —4. B. 40.0B =0. C. 40.0B =4. D. 40.0B =16.
Loi giai
Chon C
Tacd 40 =(-3;1), OB =(2;10).Suy ra 40.0B =—3.2+1.10=4.
Gido vién c6 nhu cau sé hitu file word vui long Trang 688

lién hé. Face: Tran Dinh Cu. SPT: 0834332133



Cau 33.

Cau 34.

Cau 35.

Trong mit phang toa dd Oxy, cho hai vecto a=4i+6; va b=3/—7;. Tinh tich v6 hudng

Loi gidi
Chon A
Tu gia thiét suy ra a= (4;6) va b= (3;=7).
Suy ra ab=4.3+6.(~7)=-30.

Trong mat phéng toa dO Oxy, cho hai vecto a= (=3;2) va b= (=1;—=7). Tim toa do vecto ¢

biét ca=9 va ¢bh=—-20.

A. c=(-1;-3). B. c=(-13). C. c=(1;-3). D. ¢=(1;3).
Loi giai
Chon B
Goi ¢=(xiy).
Taco l§’§_9 @{_3x+2y_9 @{x__lézz(—lﬁ).
ch=—-20 |=x—-7y=-20 |y=3

Trong mit phang toa do Oxy, cho ba vecto a=(1;2), 5=(4;3) vd c=(2;3).Tinh
P=a(b+c)
A. P=0. B. P=18. C. p=20. D. p=28.
Loi gidi
Chon B

Ta o b+c=(6:6). Suy ra P=a.(b+¢c)=16+2.6=18.

Cau 36. Trong mat phfmg toa d0 Oxy, cho hai vecto Z:(—l;l) va Z:(z;o). Tinh cosin cua goc
giira hai vecto @ va b.
A. cos(a,g):L. B. cos(g,g)z—ﬂ. C. cos(Z,Z):—L. D. cos(a,g)zl.
N 2 242 2
Loi giai
Chon B
.~ ab ~1.2+1.0 V2
Ta co cos|a,b)= ﬂaq: N2
[+3) ag ey e 2
Cau 37. Trong mit phing toa &9 Oxy, cho hai vecto a=(—2;—1) va b= (4;-3). Tinh cosin cta goc
giira hai vecto @ va b.
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A. cos(z,g):fﬁ. B. cos(g,g):ﬂ. C. cos(z,Z)zﬁ. D. cos(;,g):l.
5 5 2 2
Loi giai
Chon A
Ta co cos(;,g): ab = —24+(-1).(-3) :fﬁ.
|;|,|5| J4+1416+9 5
au 38. Trong mat an toa d Oxy, cho hai vecto a=(4;3) va 5=(1;7). Tinh goc o giira hai
Cau 38. Trong mat phang d ho h Tinh g gitia h
vecto @ va b.
A. o=90° B. o =60°. C. a=45° D. o=30°.
Loi giai
Chon C
.~  ab 4.1+3.7 V2 -
Ta co ,b|= a0 _ = b| = 45°.
cos(a ) |;|,|5| J16+941+49 2 (a )
Cau 39. Trong mat phéng toa dd Oxy, cho hai vecto x = (1;2) va y= (=3;—1). Tinh géc o gifta hai
vecto x va y.
A. o =45° B. o =60°. C. a=90°. D. o =135°
Loi giai
Chon D
. == xy  L(=3)+2.(-1) 2 -
Ta cod cos{x,y|= _)'cy_' = =—— ,y|=135"
(=) ElE R 2 (x3)
Cau 40. Trong mit phing toa do Oxy, cho hai vecto a=(2;5) va b=(3;—7). Tinh géc o giira hai
g phang g g
vecto @ va b.
A. o=30° B. o =45°. C. a=60°. D. a=135°
Loi giai
Chon D
.~y ab 2.3+5(-7) NG) -
Ta c6 b= 22— - N2 b) =135,
cos(a ) |;|.|5| J4+25/9+49 2 (a )
Céiu 41. Trong mit phing toa do Oxy, cho vecto a= (9;3). Vecto nao sau day khong vudng goc
Vi vecto a?
A. v, =(1;-3). B. v, = (2;-6). C. v, =(1;3). D. v, =(-1;3).
Loi giai
Chon C
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Kiém tra tich v6 hudng a7, néu dap 4n nao cho két qua khac o thi két luan vecto d6
khong vudng goc véi a.
Cau 42. Trong mat phfmg toa d0 Oxy, cho ba diém 4 (1;2), B(—=1;1) va C(5;—1). Tinh cosin cua goc

giita hai vecto 4B va AC.

A. COS(E,E):—%. B. cos(ﬁ,ﬁ)zg.

C. COS(E,A_C"):—% D. cos(ﬁ,ﬁ):—g.
Loi giai

Chon D

Tacd 4B =(-2;—1) va AC =(4;-3).

— ABAC  —24+(-1).(-3
Suy ra cos(AB,AC) ABAC (=)(3) —ﬁ.

:|A_B’|,|R|_ NZESIN T R

Cau 43. Trong mit phang toa dd Oxy, cho tam gidc 4BC ¢ 4(6;0), B(3;1) va C(~L;—1). Tinh s6
do géc B cua tam giac da cho.
A. 15° B. 60°. C. 120°. D. 135°
Loi gidi
Chon D

Ta cé B4 =(3;—1) va BC =(—4;-2). Suy ra:

——  BABC 3.(-4)+(-1).(-2 2 e
cos(BA,BC)—|%4|.|BB%| - (\/9 E.E/M)JL ):—72—>B:<BA,BC):135°.

Cau 44. Trong mat phfmg toa d0 Oxy, cho bdn diém 4 (—8;0), B(0;4), C(2;0) va D(-3;-5). thmg

dinh nao sau day la d¢ing?

A. Hai géc BAD va BCD phu nhau. B. Goc BCD 1a goc nhon.

C. COS(E,E):cOS(@,@). D. Hai goc BAD va BCD bu nhau.
Loi gidi

Chon D

Tacd 4B =(8;4), AD =(5;—5), CB =(—2;4), CD = (-5;5).

COS(E,E)— 8.5+4.(—5) B 1

T e 0

cos(@,@) - <72)'(75)+4'(*5) .

Suy ra

—_

NCONWEN S NI

4—>COS(A—B',A_D')+COS(CTB',C—D'):O$@+B/C\D =180".
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Ciu 45. Trong mit phang toa do Oxy, cho hai vecto u = %?—5}' va v=*ki—4; Tim k dé vecto u

Cau 46.

Cau 47.

Cau 48.

vudng goc voi v.

A. k=20. B. k=-20. C. k=-40.
Loi giai

Chon C

Tir gia thiét suy ra u = [%;—5],5 = (k;—4).

Yéu cau bai toan: ELE@%k+(—5)(—4): 0&k=—40.

D. k= 40.

Trong mat phéng toa do Oxy, cho hai vecto u= %?—57 va v=ki—4j. Tim k dé vecto u

va vecto v cd do dai bang nhau.

37

A k==—. B. k=—. C.k:iT.

Loi giai
Chon C

Tir gia thiét suy ra u = [%;—5],\7 = (k;—4).

Suy ra |ﬁ|:4&+25 :% 101 va |§|:\/k2 +16 . Do d6 dé

|;|:|;|<:)\/k2+1 :%m<:>k2+16:%<:>k2:¥<:>k:ig.

Trong mit phing toa dd Oxy, cho ba vecto a=(-2:;3), b=(4;1) va c=ka+mb VOi

k, m € R. Biét rang vecto ¢ vudng goc véi vecto (Z+Z) . Khing dinh nao sau ddy ding?

A. 2k=2m. B. 3k=2m. C. 2k +3m =0.
Loi giai
Chon C
, |c=ka+mb=(~2k+4m;3k+m)
Tacod i, | .
a+b:(2;4)

D& ¢ 1 (a+b) e cla+B)=0  2(~2k+4m)+4(3k+m) =0 2k +3m = 0.

D. 3k+2m=0.

Trong mit phing toa do Oxy, cho hai vecto 3:(72;3) va Z:(4;1). Tim vecto 4 biét

A. 3—[2,% B. 3—[—§;§]. C. Zi'—[é;—é ) D 3—[—2;—%
77 77 77 7 7
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Loi giai
Chon B
[

—2x+3y=4
X y PN

Goi d = (x;y). Tir gia thiét, ta c6 hé
4x+y=-2

y:

ASRTCN

Cau 49. Trong mat phfmg toa dd Oxy, cho ba vecto Z:(4;1), \7:(1;4) VA a=u-+my VOi meR.
Tim m dé a vudng goc véi truc hoanh.
A.m=4. B. m=-4. C.m=-2. D.m=2.
Loi giai
Chon B
Ta cé a=u-+mv=(4+m;l+4m). Truc hoanh c6 vecto don vi 1a i =(1;0).
Vecto a vudng goc véi truc hoanh < ai=0<4+m=0<m=—4.

Cau 50. Trong mit phang toa d§ Oxy, cho hai vecto u=(4;1) vd v=(1;4). Tim m dé vecto

a=mu+v tao vdi vecto b=i+; mot goc 45°.

A. m=4. B.m:—l. C.m:—l. D.m:l
2 4 2
Loi gisi
Chon C
a=mu+v=(4m+1m+4
Ta cod f inuqv (4 +Lsm )
b=i+j=(L1)
Yéu ciu bai toan < cos(a,g) =cos45’ = ﬁ
(4m+1)+(m+4) _\/5(:) 5(m+1) V2

& _ Ve _
2 am 1) 4 (may 2 2w 1em 17 2

1>
<:>5(m+1)—\/17m2+16m+17<:>{m+ =0 me——a

25m® 4 50m +25=17m* +16m +17 4
Céu 51. Trong mit phing toa do Oxy, tinh khoang cach giita hai diém M (,—2) va N (=3;4).
A. MN =4. B. MN =6. C. MN =346. D. MN =24/13.
Loi giai
Chon D
Tacd MN =(—4;6) suy ra MN = /(—4)’ +6” =42 =2/13.

Cau 52. Trong mat phéng toa do Oxy, cho tam gidc 4BC c6 A(L;4), B(3;2), C(5;4). Tinh chu vi P

cua tam giac da cho.
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A. P=4+22. B. P=4+42. C. P=8+8\2. D. P=2+22.
Loi giai
Chon B

AB—(2-2) |4B=\2+(-2) =242

Tacd {BC=(2;2) ={BC=+2°+2 =22
CA=(~40) |CA=(-4) +0" =4

Vay chu vi P clia tam gidc 4BC 1 P=AB+BC+CA =4+42.

Cau 53. Trong hé toa do (O;?;f) , cho vecto d@ = —%7‘—%? D6 dai ciia vecto @ bang

A B. 1. C. D.

w |
(VRN

1
-3
Loi giai

Chon B

- I -

Ciu 54. Trong mit phing toa dd Oxy, cho hai vecto i = (3;4) va v=(-86). Khang dinh nao sau

oo 3‘,‘ 4-: N 3 4
Ta co a=——=i——j ——a=|——;——
5 5 55

day dung?
A. Ja|=1v|. B. ii va v cung phuong.
C. i vudng goc voi v . D. i=-v.
Loi giai
Chgn C

<!

Tacod w.v=3.(-8)+4.6=0 suyra & vudng goc voi

Cau 55. Trong mit phang toa do Oxy, cho cic diém 4 (1;2), B(—2;—4), C(0;1) va D —l;g]. M¢énh
dé nao sau day dung?
A. 4B cung phuong véi CD. B. ‘ﬁ‘:‘@‘
C. 4B L CD. D. 4B =CD.
Loi giai
Chon C

Tacd 4B =(-3;—6) va @—[—1;% suy ra ABCD =(—3).(~1)+(—6).= =0.

1
2
Vay 4B vuodng goc véi CD.

Cau 56. Trong mit phing toa do Oxy, cho bdn diém 4(7;,-3), B(8;4), C(1;5) va D(0;—2). Khing
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Cau 57.

Cau 58.

dinh nao sau day dung?

A. AC L CB.

B. Tam gidc 4BC déu.

C. Tt giac 4BCD 1a hinh vudng.

D. TG giac 4BCD khong noi tiép duong tron.

Loi gidi
Chon C
AB=(1,7)= AB =+ +7* =52
BC =(-7;1)= BC =52
Taco{__ (=71) ——AB=BC=CD=DA4="52.
CD=(-1,-7)=CD =52
DA=(7;-1)=DA=52

Lai c6 AB.BC=1(~7)+7.1=0 nén 4B L BC.
Tur d6 suy ra 4BCD 1a hinh vudng.
Trong mat ph?mg toa do0 Oxy, cho bon diém A(-11), B(0;2), C(3;1) va D(0;-2). Khéng
dinh nao sau day la d¢ing?
A. TG gidc 4BCD la hinh binh hanh.
B. Tt gidc 4BCD 1a hinh thoi.
C. Tt gidc 4BCD 1a hinh thang can.
D. T gidc ABCD khong ndi tiép duoc dudng tron.
Loi gidi
Chon C

AB =(1;1)

DC =(3;3)

Tac()| — .DC=34B.

Suyra DC|AB va DC=34B. (1)

AD =1’ +3* =10
BC=+3"+1" =410

Tur (1) va (2), suy ra tir gidc 4BCD la hinh thang céan.

Mit khac l ——AD =BC. (2)

Trong mit phang toa dd Oxy, cho tam gidc ABC c6 4(—1;1), B(1;3) va C(;—1). Khang
dinh nao sau day la ding?

A. Tam giac 4BC déu. B. Tam giac ABC ¢ ba goc déu nhon.
C. Tam gidc ABC cantai B. D. Tam gidc 4ABC vudng cantai 4.

Loi giai
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Cau 59.

Cau 60.

Cau 61.

Chon D
Ta c6 4B =(2:2), BC =(0;—4) va AC =(2;-2).

AB=A4C =22 A . A " .
Suy ra 2 . Vay tam gidc 4BC vudng can tai 4.
AB*+A4C* = BC?

Trong mit phang toa dd Oxy, cho tam gidc 4BC co 4(10;5), B(3;2) va C(6;—5). Khing
dinh nao sau day la ding?
A. Tam giac 4BC déu. B. Tam giac 4BC vuong can tai 4.
C. Tam gidc 4BC vudng cantai B. D. Tam gidc ABC cb goc 4 tu.
Loi giai
Chon C
Tacd 4B =(—7;-3), BC = (3;—7) vd AC =(—4;—10).
Suy ra 4B.BC =(~7).3+(~3).(~7)=0 va 4B =BC.
Viay tam giac 4BC vudng cén tai B.
Trong mit phang toa dd Oxy, cho tam gidc 4BC c6 4(—2;—1), B(1;—1) va C(-2;2). Khang
dinh nao sau day la d¢ing?
A. Tam giac 4BC déu. B. Tam giac 4BC vuong can tai 4.
C. Tam gidc ABC vudngtai B . D. Tam gidc 4BC vudng can tai C.
Loi gidi
Chon B
Tacd 4B =(3;0), BC =(—3;3) va AC =(0;3).

AB=AC=3
Do d6 = AB* + AC* = BC’.

BC=32
Viay tam giac 4BC vudng cén tai A.
Trong mat phéng toa d0 Oxy, cho hai diém 4 (=2;4) va B(8;4). Tim toa do diém ¢ thudc
truc hoanh sao cho tam gidc 4BC vudng tai C.
A. C(6;0). B. C(0;0), C(6;0). C. C(0;0). D. C(-1;0).

Loi giai

Chon B
CA =(-2—¢;4)

Tacd CeOxnén C(c;0) va {__
CB:(8—c;4)

Tam gidc 4BC vudng tai C nén CA.CB =0 (—2—c).(8—c¢)+4.4=0
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sl —6c=0s C:6_>C(6;0>

c=0—C(0;0)
Cau 62. Trong mat phéng toa d0 Oxy, cho hai diém 4 (1;2) va B(—3;1). Tim toa d diém ¢ thudc
truc tung sao cho tam gidc 4BC vudng tai 4.
A. C(0:6). B. C(5;0). C. c(3;1). D. C(0;-6).
Loi gidi
Chon A
) . . |4B=(-4;-1)
Tacd CeOy nén C(0;c) va {__ .
AC=(-1;c-2)
Tam gidc ABC vudng tai 4 nén AB.AC =0 (—4).(—1)+(=1)(c=2)=0 < c=6.
Vay €(0;6).
Cau 63. Trong mit phing toa dd Oxy, cho ba diém 4(-4;0), B(-5;0) va C(3;0). Tim diém M
thudc truc hoanh sao cho MA + MB + MC =0.
A. M (-2;0). B. M (2;0). C. M (-40). D. M (-5;0).
Loi giai
Chon A
MA = (—4—x;0)
Tacdo M €Ox nén M (x;0) va m:(—5—x;0)—>m+m+A7C':(—6—3x;0).
MC = (3—x;0)
Do MA +MB+MC =0 nén—6—3x =0 & x =—2—— M (~2;0).
Céu 64. Trong mit phang toa do Oxy, cho hai diém M (-2;2) va N (1;1). Tim toa do diém P thudc
truc hoanh sao cho ba diém M, N, P thang hang.
A. P(0;4). B. P(0;-4). C. P(—40). D. P(4;0).
Loi giai
Chon D
i . . MP = (x+2;-2)
Tacd PeOx nén P(x;0) va{__ )
MN =(3;—1)
Do M, N, P thang hang nén rre ;2 _2 & x=4——P(4;0).
Cau 65. Trong mait phfmg toa d0 Oxy, tim diém M thudc truc hoanh dé khoang cach tir dé dén
diém N (—1;4) bang 245.
A. M (1;0). B. M (1;0), M (-3;0).
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Cau 66.

Cau 67.

Cau 68.

C. M (3;0). D. M (1;0), M (3;0).

Loi giai
Chon B

Tacd M cOx nén M (m;0) va MN =(—1—m;4).
Theo gia thiét: MN =245 « [MN| =245 « J=1-m) +47 =25

m=1—M (1;0)

S1+m) +16=20m* +2m -3=0
m :—3—>M(—3;0)

Trong mat phéng toa dd Oxy, cho hai diém 4 (1;3) va B(4;2). Tim toa do diém ¢ thudc

truc hoanh sao cho ¢ cach déu hai diém 4 va B.

A. C[—E;O]. B. C 2;0]. C. C[—E;O].
3 3 5
Loi gidi
Chon B
, ~ . TC:(xfl;f3)
Tacd CeOx nén C(x;0) va {__ :
BC = (x—4;-2)

2 2 2

Do CA=CB & CA> =CB* & (x —1)' +(=3)

=(x—4) +(-2) ©x=>—5C

i

Trong mit phang toa do Oxy, cho hai diém 4(2;2), B(5—2). Tim diém M thudc truc

hoang sao cho AMB =90° ?

A. M (0;1). B. M (6;0). C. M (1;6).
Loi gidi

Chon B

AM = (m —2;-2)

Taco M cOx nén M (m;0) va {__
BM =(m—5;2)

Vi AMB =90° suy ra AM.BM =0 nén (m—2)(m—5)+(=2).2=0.

M (1;0)
M (6;0)

~1
®m2—7m+6—0©\m .
m==6

D. M (0:6).

Trong mat phrfmg toa d0 Oxy, cho hai diém A(1;-1) va B(3;2). Tim M thudc tryc tung

sao cho MA? + MB* nho nhét.

A. M (0;1). B. M (0;-1). C. M[O;%]. D M[O;—%].
Loi giai
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Cau 69.

Cau 70.

Cau 71.

Chon C

, . . |MA=(L;—1-m)
Taco M €Oy nén M (0;m) va )
MB=(3;2—m)

., 2 —2
Khi d6 MA® + MB* =[MA| +[MB| =1 +(~1-m) +3" +(2=m)' =2m> —2m +15.

2
—Z[m—l] +222;Vm6R.
2 2 2

2

Suy ra {M4® +MB*} = —

Déu " =" xdy ra khi va chi khi m = % M [o;%

Trong mat phfmg toa d0 Oxy, cho hinh binh hanh 4BCD biét A(-2;0), B(2;5), C(6:2).
Tim toa d6 diém D.
A. D(2;-3). B. D(2;3). C. D(-2;-3). D. D(-2;3).
Loi giai
Chon A
Goi D(x;y). Ta ¢6 AD=(x+2;y) va BC=(4;-3). Vi 4BCD la hinh binh hanh nén

- x+2=4 x=2
AD =BC—— & ——D(2;-3).

y=-3 y=-3
Trong mat phé'ing toa d§ Oxy, cho tam gidc 4BC cO A(1;3), B(—2:;4), C(5;3). Tim toa do

trong tdim G cua tam giac da cho.

410
373 373 )

A. G[Z;%]. B. G[§;—B]. C. G(2:9). D. G[ ;
Loi giai

Chon D
L1245 4
“ 3 3
3+44+3 1
Yo = 3

Toa do trong tAm G (x,;y;) la

_O'
3

Trong mat phrfmg toa do Oxy, cho tam giac ABC cO 4(—4;1), B(2;4), C(2;—-2). Tim toa 4o

tam 7 cua dudng tron ngoai tiép tam giac da cho.

A. 1[1;1 . B. 1[—1;1]. C. I[l;l]. D. 1[1;—1}
4 4

Loi giai

Chon B

Gido vién cé nhu cau sé hitu file word vui long Trang 699
lién hé. Face: Tran Dinh Cu. SPT: 0834332133



ﬁ:(x+4;y—l)
Goi I (x;y). Taco ﬁ:(x—Z;y—4).

Cl=(x—2;y+2)

I4* = IB?

Do 7 1a tim dudng tron ngoai tiép tam gidc 4BC nén 14 = IB = IC < {IBZ 1

Lo =2 -y <x+4>2:<x2>2+9@|x:“

(x—2) +(y—4 =(x-2Y+(»+2) |y=1

Cau 72. Trong mat phéng toa d0 Oxy, cho tam gidc 4BC c6 A4(-3;0), B(3;0) va C(2;6). Goi
H (a;b) 1a toa d0 tryc tdm cla tam gidc da cho. Tinh a+ 6b.
A. a+6b=5. B. a+6b=6. C.a+6b=1. D. a+6b=38.
Loi giai
Chon C
AH =(a+3;b) & BC=(—1;6) .. .. . .4 )
Taco (a ) . ( ) Tur gia thi€t, ta co:
BH:(a—3;b) & AC:(5;6)
AHBC=0 [(a+3).(~1)+b6=0 |*=2
I, < & 5——a+6b=".
BHAC=0 (a—3).5+b.6:0 b=—
Cau 73. Trong mat phéng toa d§ Oxy, cho tam gidc 4BC cd 4(4;3), B(2;7) va C(—3;—8). Tim toa
d6 chan duong cao 4' ké tir dinh 4 xubng canh BC.
A. 4'(1;—4). B. 4'(-1;4). C. 4'(1;4). D. 4'(4;1).
Loi giai
Chon C
A4’ =(x—4;y—3)
Goi 4'(x;y). Tacd {BC =(—5;—15)
ﬁ:(x—Z;y—ﬂ
N , [44' L BC A4'BC=0 (1
Tur gia thiét, ta co S ()
B, A', C thang hang BA'=kBC (2)
° (l)(:}—S(x—4)—15(y—3):0®x+3y:l3.
x=2 y-17
2 =2 e 3x—y=—1.
A T
=1 =1
Giai hé {x+3y 3 @{x —— A'(1;4).
3x—y=-1 y=4
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Cau 74.

Cau 75.

Cau 76.

Trong mat phfmg toa do Oxy, cho tam gidc 4BC cO A4(2;4), B(—3;1), C(3;—1). Tim toa do

chan duong cao 4' vé tu dinh 4 cua tam gidc da cho.

A. A'[i;l]. B. A'[i;l . C A'[— l] D. A'[i;l].
55 5 5 5 5
Loi giai
Chon D

H:(x—Z;y—4)
Goi 4'(x;y). Tacd {BC =(6;-2)
BA'=(x+3y—1)

Vi 4' 1a chan dudng cao vé tir dinh 4 ctia tam gidc 4BC nén

AA' 1 BC
B, C, A' thing hang
@lﬂ;JTC—O@ (x=2)6+lr=4).(2)=0 6x—-2y=4 o
. — x+3 y—1 .
'= —_— = —2x—6y=0 1
BA'=kBC S ) r—

5

Trong mat phéng toa dd Oxy , cho ba diém 4 (=3;-2), B(3;6) va C(11;0). Tim toa do diém
D dé tir gidc ABCD 13 hinh vudng.
A. D(5;-8). B. D(8;5). C. D(-5:8). D. D(-8;5).

Loi giai
Chon A
D@ dang kiém tra B4.BC =0—— ABC = 90".
Goi 7 13 tm cta hinh vudng 4BCD. Suy ra I 14 trung diém ctia AC——1 (4;—-1).

x+3

4
Goi D(x;y),do I ciing la trung diém cia BD —— 16 @{x -7 = D(5-8).
Y
=—1

2
Trong mat phéng toa d0 Oxy, cho hai diém 4 (2;4) va B(1;1). Tim toa d diém ¢ sao cho
tam giac 4ABC vuoOng can tai B.
A. C(4;0). B. C(-2;2). C. C(4;,0), C(-2;2).  D. C(2:0).
Loi giai
Chon C

BA = 1;3
Goi C(x;y). Taco {__ (1:3) :
BC:(xfl;yfl)

Gido vién cé nhu cau sé hitu file word vui long Trang 701
lién hé. Face: Tran Dinh Cu. SPT: 0834332133



2

- r A A . BA.BC = l.(x=1)+3.(y—1)=0
Tam gidc 4ABC vudng cantalB@[BA'BC 0 l< )43y 1)

BA =BC P43 =(x—1) +(y—1)

=4-3 =0 =2
el ) < el hay 4 .
10y" =20y =0 = =

Cau 77. Trong mait phrfmg toa d0 Oxy, cho hinh vuéng 4BCD c6 A4(1;—1) va B(3;0). Tim toa d
diém D, biét D c6 tung d6 am.
A. D(0;—1). B. D(2;-3). C. D(2;-3), D(0;1).  D. D(-2;-3).
Loi giai
Chon B
_ 4B =(2:1)
Goi € =(x;y). Taco {__ .
BC =(x-3;y)
Vi 4BCD 1a hinh vuéng nén ta co ‘AB L BC
AB =BC
2(x=3)+1.y=0 =2(3—- =2(3—- = =
R 2) y y (ZX)(:)y (2 X)ﬁ{x 1 hoac{x
(x=3) +y"=5 5(x=3) =5 |(x-3) =1 y=-2 y=2
Véi C (4;-2) ta tinh duogc dinh D, (2;-3) : thoa man.
Véi C,(2;2) tatinh duoc dinh D, (0;1): khong théa man.
Cau78. Trong mit phing toa dd Oxy, cho bén diém 4 (1;2), B(~1;3), C(~2;—1) vd D(0;—2). Ménh
dé nao sau day dung?
A. ABCD 1a hinh vudng. B. 4BCD 1a hinh chir nhat.
C. 4BcD la hinh thoi. D. 4BcD 1a hinh binh hanh.
Loi giai
Chon D
4B=(-21) .
Ta o |BC = (_1;_4)_>liB, =PC | 4BCD 13 hinh hinh hanh.
- AB.BC=-2=0
DC =(-2;1)
Cau 79. Trong mat phéng toa d§ Oxy, cho tam gidc O4B voi 4(1;3) va B(4;2). Tim toa do diém
E 1a chan dudng phén giac trong goc O cua tam giac O4B.
A. E = 2,2] B. E:[z;—l].
22 22
C. E=(-2+432;4+2). D.
E=(-2432;4-42),
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Cau 80.

Loi giai
Chon D

Theo tinh chat dudng phéan gidc ctia tam giac ta c6 % = % = %

NG

Vi E nam giita hai diém 4, B nén ﬁ:—Tﬁ. (*)

EA=(1-x;3—
G(_)iE(x;y).Tac(){% (1=x:3-y)

EB :(4—x;2—y)

l—x=—
Tt (*), suy ra

(4_x)<:>[x——2+3\/5
oy TR

3—y=-—

& IS

Trong mat phéng toa d0 Oxy, cho ba diém 4 (2:0), B(0;2) va C(0;7). Tim toa o dinh thir
tu D cua hinh thang can 4BCD.
A. D(70). B. D(7;0), D(2;9). C. D(0;7), D(9;2). D. D(9;2).
Loi giai
Chon B

Dé tir gidc A4BCD 1a hinh thang can, ta cin c6 mdt cip canh dbi song song khong bing
nhau va cap canh con lai c6 d6 dai br:ing nhau. Goi D(x;y).

AB J/ CD

& CD=kAB (Vi k=—1)
AB =CD

e Truong hop 1: {

(1)

o (r—0y-7)=(—2k24) e |~ 2K
X 7y - ] y:2k—|—7

E:(x—Z;y)#AD: (x—2)2+y2

Ta co [ ——AD=BC & (x—2) +y* =25. (2)

BC =(0;5)= BC =5

k= —l(loai)
7 —>D(7;O).

2

Tur (1) va (2),taco (—2k—-2) +(2k+7) =25 &

AD J| BC

e Truong hop 2: {AD 5
=

. Lam tuong ty ta dugc D =(2;9).

Véy D(7;0) hodc D(2;9).
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BAI 3. CAC HE THUC LUQNG TRONG TAM GIAC VA GIAI TAM GIAC

A. KIEN THUC CO BAN CAN NAM

1. Dinh li c6sin

Cho tam gidc 4BC c6 BC=a, AC=b Vd AB=c.
Ta co

a* =b" +c* —2bc.cos 4;

b =c* +a* —2ca.cosB;

¢ =a’ +b> —2ab.cosC.

H¢ qua

%; cosB = %; cosC =

2. Dinh li sin

cosAd =

Cho tam gidc ABC ¢b BC=a, AC=b, AB=c va R 1a ban kinh duong tron ngogi tié

Ta co

a b ¢
sind sinB sinC

2R

3. Pj dai dwong trung tuyén
Cho tam gidc 4BC cO m

a’

Ta co
TS
‘ 2 4’
, a’+c b
m, = -
2 4
) at+b _c2

¢ 2 4°
4. Cong thirc tinh dién tich tam giac

m

Cho tam giadc 4BC co

® i h,h lado dai duong cao lan lugt twong ing véi cac canh BC, C4, AB;

e R la ban kinh dudng tron ngoai tiép tam gic;
e 12 ban kinh duong tron ndi tiép tam giac;

b < . .,
o p=""2"C 1 nira chu vi tam giéc;

e 5 la dién tich tam giac.
Khi d6 ta co:

c

S :laha :lbhb :lch,
2 2 2

:lbcsinA :lcasinB :labsinC
2 2 2

_ae
4R
:p}"

=p(p=a)(p=b)(p—c)

at +b —¢

m,, m_ 1an luot 1a cac trung tuyén ké tir 4, B, C.
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B. CAC DANG TOAN VA PHUONG PHAP GIAI

Dang 1: xac dinh cac yéu t6 trong tam giac.

1. Phwong phap.
e St dung dinh li c6sin va dinh li sin
e Sir dung cong thire xac dinh d6 dai duong trung tuyén va mdi lién hé cua cac yéu td trong
cac cong thure tinh dién tich trong tam giac.
2. Cac vi du.

Vidu 1: Cho tam giac ABC'c6 AB =4, AC =5 va cosA = %
Tinh canh BC, va d6 dai duong cao ké tir A.

Loi gidgi
Ap dung dinh i cosin ta c6 BC?* = AB*> + AC?> —2AB.AC.cosA = 4> +5° — 2.4.5.% =29
Suyra BC = V29
Vi sin? A + cos? A = 1 nén sin A = V1 — cos? A = 1—£:§
4.5

Theo cong thirc tinh dién tichtaco S, ., = %AB.A C.sinA = =8 (1)

l\DIr—\
Cﬂlﬂk

Mit khac S :2 1fh )

ABC

16729

Tir (1) va (2) suy ra 5.\/2_9.ha =8=h, =

16+/29
29
Vi du 2: Cho tam giac ABC néi tiép dudng tron ban kinh bang 3, biét A = 30°, B = 45°. Tinh

Vay do dai duong caokétr Ala h, =

d6 dai trung tuyén ké tir A va ban kinh dudng tron noi tiép tam giac.
Loi gidi

Taco C =180° — A— B = 180" — 30" — 45° = 105"

Theo dinh li sintacé a = 2Rsin A = 2.3.sin 30" =

b =2Rsin B = 2.3.sin45° = 6.% =32

¢ =2RsinC = 2.3.5in105° ~ 5,796

, 2(0* +¢*)—a®  2(18 45,796 ) — 9
Theo cong thirc dudng trung tuyén ta c6 m? = 1 R~ 1 = 23,547

Theo cong thac tinh dién tich tam giac ta c6

besin A 3\/5.5, 796 sin 30°
2p 34 3v2 45,79

Vi du 3: Cho tam giac ABC c¢6 M 1a trung diém cua BC. Biét

——  5J13
26

AB =3, BC =8, cosAMB =

S e —p?’—§bCSII1A:> ~ 0,943

Tinh d6 dai canh AC va gbc 16n nhit cia tam giac ABC'.
Léi gidi (hinh 2.7)
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B M °C

Hinh 2.7
BC=8= BM =4.bat AM =x

Theo dinh li cbsin ta ¢
AM? + BM? — AB?

cosAMB = SAMAB
W13 22 +16—9
Suy ra =
26 241
z =13
e 1307 —20V130 +91=0 & | 73
13

Theo cong thire tinh duong trung tuyén ta co
2(AB* +AC*)— BC?
AN — (AB*+ AC*)-BC
2AB.AC

, 2 32 A02 _82
THI: Néu 2 = V3 = 13 = 2 +4 )
Taco BC > AC > AB = gbc A 16n nhat. Theo dinh li cosin ta c6
AB* + AC*—~BC* 9+49-64 1
cos A = = - _ -
2AB.AC 2.3.7 7

Suy ra A ~ 9812'
. 2 32 ACQ _82
THY: Néy ¢ — VI3 49 _2(3°+AC*) -8 /31%7

= AC="7.

13 13 4
Tacdé BC > AC > AB = goc A 16n nhit. Theo dinh li csin ta c6
397
weu_AB +ACci—Bcr 9ty 01 53
2ABAC 397 V5161
2.3- ﬁ

Suy ra A ~137°32'

Vi du 4: Cho hinh chit nhat ABCD biét AD =1 . Gia st E 1a trung diém AB va théa min

sin BDE = %

Tinh @6 dai canh AB.
Loi gidi (hinh 2.8)

Pit AB=2z(z>0)=>AE=EB=x. 4 E
Vi gbc E)TE nhon nén cosﬁ' > 0 suyra
cos BDE = V1 —sin®’ BDE = ?

Theo dinh li Pitago ta c6: D

DE? = AD?> + AE? =1+ 2> = DE =1+ 22
BD? = DC? + BC* =42 +1 = BD = 42 +1

Hinh 2.8
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Ap dung dinh 1i cosin trong tam giac BDE ta c6
DE' + DB —EB _ 2V2 _ 4z” 42
2DE.DB 3 2(1+4%)(42% +1)

cos BDE =

<:>4x4—4a;2+1=0@2:52zlﬁng(Dox>O)

Vay d6 dai canh AB 1a V2

Dang 2: giai tam giac.

1. Phuwong phap.

e (iai tam giac la tinh cac canh va cac goc cua tam giac dya trén mot s6 diéu kién cho trudc.

e Trong cac bai toan giai tam giac ngudi ta thuong cho tam giac véi ba yéu t6 nhu sau : biét mot
canh va hai

g6c¢ ké canh d6; biét mot gbc va hai canh Kké g6c do; biét ba canh.

Pé tim cac yéu t6 con lai ta st dung dinh li c6sin va dinh 1i sin ; dinh 1i téng ba goc trong mot
tam giac bang 180° va trong mot tam giac dbi dién voi goc 16n hon thi c¢6 canh 16n hon va ngugc
lai ddi dién véi canh 16n hon thi c6 goc 16n hon.

2. Cac vi du.

Vi du 1: Giai tam giac ABC biét b = 32; ¢ = 45 va A = 87°.
Loi gidi

Theo dinh li cbsin ta ¢

a’> = b> +c* —2bc.cos A = 32° + 4* — 2.32.4.sin 87"

Suyra a ~ 53,8

Theo dinh li sin ta co

bsinA _ 32sin87" NP
a 53,8

Suyra C = 180° — A — B ~ 180" — 87" — 36" — 57
Vi du 2: Giai tam giac ABC biét A = 60°, B = 40° va ¢ = 14.
Loi giai
Taco C =180" — A— B = 180" — 60" — 40° = 80°
Theo dinh Ii sin ta c6
csinA  14.sin 60"
sin C sin 80°

. . U
b — cs'mB _ 14.‘s1n40 b a9l

sin C sin 80"

Vi du 3: Cho tam giac ABC biét a = 2\/5, b= 2\/5, ¢ =6 — 2. Tinh goc 16n nhét ciia tam

giac.

sin B =

=a~123

Loi gidi
Theo giai thiéttacd ¢ < b < a suyra C < B < A do d6 goc A 1a 16n nhét.
Theo dinh li c6sin ta c6

b2+c2_a2_8+(\/6—\/§)2—122_4_4\/5__1
2 22V2(Vo6-2)  sV3-8 2

Suyra A = 120°

cos A =
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Vay goc 16n nhét 1a goc A c6 s6 do 1a 120°.

Dang 3: Chirng Minh Pang Thikc, BAt Pang Thikc Lién Quan Pén Cac Yéu T6
Cua Tam Giac, T& Giac.

1. Phwong phap gidi.
e Dé chimg minh déng thirc ta st dung cac hé thirc co ban dé bién ddi vé nay thanh vé kia, hai
vé ciing bang mot vé hoic bién ddi twong duong vé mot dang thirc ding.
e Pé chimg minh bat ding thirc ta st dung cac hé thiic co ban, bat dang thirc canh trong tam
gidc va bat dang thirc ¢ dién (Cauchy, bunhiacopxki,...)

2. Cac vi du.
Vi du 1: Cho tam gidic ABC thoa man sin? A = sin B.sin C'. Chiing minh ring
a) a’ = bc

1
b) cosA > =

2

Loi giai
a) Ap dung dinh li sin ta ¢ sin A = i, sin B = i,sinC’ = -
2R 2R 2R
2
. g . . a b ¢ )
Suyra sin° A = sinB.sinC < | —| = —.— < a° = bc dpecm
2R 2R 2R

b) Ap dung dinh li cosin va cau a) ta c6
v’ +c—a® b+ —be _ 2bc—be 1
= > = — dpcm
2bc 2bc 2be 2
Vidu 2: Cho tam giac ABC', chung minh rang:

cos A =

a) Cosé = plp—a)
2 be

b) sin A +sin B +sinC = 4cos§cos§cos%
, ) Loi gidi (hinh 2.9)
a) Trén tia doi cua tia AC lay D théa AD = AB = ¢ suy ratam giac BDA can tai A va

BDA =11
2

Ap dung dinh 1y ham sé Césin cho AABD , ta co:

o —

BD? = AB* + AD* —2AB.AD.cos BAD

=2¢” — 2¢*.cos(180" — A) B
2 2 9
—262(1 + cos A) = 22(1 + F¢ —ay  Suyra I
2bc
4

— Hinh 2.9
BD = 2 /@

Goi I 1a trung diém ctia BD suy ra AI | BD.
Trong tam giac ADI vudng tai L, ta c6

COS? = Cosm = DI = BD = p(p_a)

AD 2¢ be
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V:,?lycosé = plp—a) a).
2 be
b) TUr dinh Iy ham s6 sin, ta c6: sin A 4 sin B + sinC = — +i+ﬁ = % (1)
Theo céu a) ta co6 cosg = p(p b_ %) , tuong tu thi cos p —— va cos
két hop véi cong thire S = Jp(p—a)(p—b)(p—c) = abe
4R
Suy ra 4cosécos§cosg = 4\/p(p — a)\/p(p — b)\/p(p —0)
2 2 2 bc ca ab

4 4pS
=L Ipp-a)p-bp-c =L2=L

abc abe R

A B
Tu (l)va(2)suyra sin A + sin B + sinC = 400550085008%

Nhdn xét: Tur cau a) va hé thuc lugng giac co ban ta suy ra duoc cac cong thure

wA_[0=Do=0 A [p-ho—o A
TN e T e 2

Vi du 3: Cho tam giac ABC , chimg minh ring:
b +c? —a®

48
b) cot A+ cot B + cotC > V3

a) cot A =

Loi gidi:
a) Ap dung dinh li cosin va cong thirc S = %bc sin A ta co:
cosA b +cf—a> b+ —a’

cotA = sin A - 2bcsin A - 458 dpem

2 2 _ 12 2 2 c?

B2 2 9 2 2 _p2 2 22
Suy ra cot A+ cot B+ cot C' = TcC —a 4+ £ tTa 4+ 4 + ¢

45 45 48
a? +b2 +CQ
48
3
Theobﬁtdfmgthl'rcCauchytac()(p—a)<p_b>(p_c)S 3p—a3—b—c] :[
Mitkhie § = [p(p—a)(p—0)(s—c] = § < [pE = L
2 2 2 2
Taco p* = <G+Z+C) < 3(@ +4l? re ) suy ra S S—a2 +4i)/2§+62

—C
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2 2 2
Do d6 cot A + cot B 4 cotC' > i o A J3 dpcm.
4 a® +b* + ¢
43
Vi du 4: Cho tam giac ABC . Chimg minh ring diéu kién can va du dé hai trung tuyén ké tir B va C
vudng goc véi nhau 13 b° + ¢® = 5a”.
Loi gidi:
Goi G la trong tdm cua tam gidc ABC'.
Khi d6 hai trung tuyén ké tir B va C vudng gdoc véi nhau khi va chi khi tam giac GBC' vudng tai G
2 2
& GB* + GC* = BC? & [%mb] + [%mﬁ] =a’ (*)
Mit khéc theo cong thirc dudng trung tuyén ta c6
m? = 2(a® + %) — bQ’ m? = 20a® +b*)— ¢’
4 i 4

Suy ra (*) & %(mf + mf) =a°
4 2<0L2 +62)—b2 N 2(@2 +b2)—02
9 4 4

(dpem) 7
Vidu 5: Cho tir giac ABCD c6 E, F 1a trung diém cac duong chéo. Chiing minh :
AB* + BC* + CD* + DA* = AC*? + BD* 4+ 4EF?
) ~ Loi gidi (hinh 2.10)
Ap dung cong thirc duong trung tuyén véi tam giac ABC va ADC' ta co:

=Y =ad 4>+ +c =9 < b+ = 5Had?

2

AB* + BC* = 2BE* + 2C (1) B
2 A

2
CD? + DA? = 2DE* + AQC (2) A
Tu (1) va(2) suy ra y F
AB® + BC® + CD* + DA* = 2(BE® + DE*) + AC* D - C

Hinh 2.10

2
Mit khéac EF 1a duong trung tuyén tam giac BDF nén BE? 4+ DE? = 2EF? + BD

Suyra AB®> + BC? + CD* + DA*> = AC*? + BD* + 4EF*

Dang 4: Nhan Dang Tam Giac

1. Phwong phap giai.

St dung dinh li cosin; sin; cong thirc dudng trung tuyén; cong thirc tinh dién tich tam giac dé bién
dbi gia thiét vé hé thirc 1ién hé canh(hodc gbc) tir d6 suy ra dang cia tam giac.

2. Cac vi du.

Vi du 1: Cho tam giac ABC thoa min sin C' = 2sin Bcos A. Chimg minh minh ring tam giac
ABC can.

) Loi gidi
Ap dung dinh li c6sin va sin ta c6:
2 2 2
sinC = 2sin Beos A & — = 2.i.m
2R 2R 2bc

=0+ —a* S a=0h
Suy ra tam giac ABC' can tai dinh C.
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sin B + sinC

Vi dy 2: Cho tam giac ABC thoa man sin A = . Chting minh rang tam gidc ABC

cos B + cosC
vuong.
Loi giai
Taco: sinAd = sinB+sinC < sin A(cos B + cosC) = sin B + sin C
cos B + cosC
i(cgnLag—b2 +a2+b2—02>: b+c
2R 2ca 2ab 2R

S b +a* —b")+ cla® +b° —c*) = 2b%c + 2¢*
SV 4+ +be+b —ab—ac=0& (b+c) B> +F)—a*(b+c)=0
b’ +c* =a* & AABC vudng tai A.
Vi du 3: Nhan dang tam giac ABC' trong cac truong hop sau:
a) a.sinA+bsinB+csinC =h, +h, + h,
cos’ A+cos’B 1

= —(cot? A + cot’* B
sin? A +sin? B 2 ( )

Loi gidai
a) Ap dung cong thirc dién tich ta c6 S = %bc sinA = %aha suy ra
28 25 25 285 285 28

a.sinA+bsinB+csinC=h,+h,+h, < a¢—+b—+c—=—+—+—

be ca ab @ b c
sSal4+b+E=ab+betcas(a—bY 4+ (b—c) +(c—a) =0
Sa=b=c

Vay tam gidc ABC déu
2 2
b) Taco: —2 A+ o8 b _ 1(cot2 A + cot’ B)
sin? A +sin? B 2
2 2 2.2 s 2
- cos A+C?S B+s‘1n A +sin* B :l(cot2A+1+cotQB+l)
sin? A + sin® B 2

2 11 1 . o
o == & (sin? A +sin? BY? = 4sin® Asin’ B
sin? A+sin? B 2 sin? A sin® B) ( )
2 2
esintd=sin’Bo |- L] 2| 2] o a=be AABC canticC.
2R 2R

C. CAU HOI TRAC NGHIEM
Cau 1: Tam gidc ABC ¢ AB=5BC=7,C4=38.S6 do goc 4 bang:
A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai
Chon C

2 2 2 2 2 2
Theo dinh li ham cosin, ta ¢6 cos4 = AB +4C —BC S +8 -7 _ l.
24B.AC 2.5.8 2

Do d6, 4 =60°.

Cau2: Tam gidc ABC c6 AB=2,4C=1 va 4 =60°. Tinh d6 dai canh BC .

A. BC=1. B. BC=2. C. BC = D. BC=4f3.
Loi giai
Chon D
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Theo dinh li ham cosin, ta c6
BC> = AB> + AC* —2AB.AC.cosd =2> +1> —2.2.1.c0s60° =3 = BC =+/3 .

Cau3: Tam gidc ABC c6 doan thing ndi trung diém cia 4B va BC bing 3, canh AB=9 va
ACB = 60°. Tinh d9 dai canh canh BC.
A. BC=3+36. B. BC=36-3. C. BC=31. D.

343433

2

BC
Loi giai

Chon A

Goi M, N lan luot 1a trung diém cua 4B, BC. A

—— MN la duong trung binh cia A4BC.

—>MN:%AC.M€1 MN =3,suyra AC=6.

Theo dinh 1i ham cosin, ta c6

AB® = AC> + BC> —2.4C.BC.cos ACB
& 97 =64+ BC* —2.6.BC.cos60°

= BC=3+3J6

Cau4: Tam gidc ABC cb AB=+2,4C=+3 va C=45°. Tinh d dai canh BC.

A. BC=+F. B. Bc:@_ C. BCZ@. D. BC 1%,
Loi giai
Chon B
Theo dinh li ham cosin, ta ¢6
~ 2 2
AB* = AC* + BC* —2.AC.BC.cosC = (\2) = (ﬁ) + BC? —2./3.BC.cos45°
L pe_ Vo2
2
Caus5: Tam gidc 4BC cb B=60°C =45° v 4B =5. Tinh d6 dai canh 4C.
A. AC:#. B. AC=53. C. AC=52. D. 4C=10.
Loi giai
Chon A
Theo dinh 1i ham sin, ta ¢6 48— AC o 5 _ AC . 5V6
sinC sinB  sin45°  sin 60° 2

Cau 6: Cho hinh thoi 4BCD canh bfmg lan va cO BAD = 60° . Tinh do dai canh AC .
A. AC=1[3. B. 4C=+2. C. AC =2 D. 4c=2.
Loi giai
Chon A
Do 4BcD 1a hinh thoi, c6 BAD = 60° = ABC =120°.
Theo dinh li ham cosin, ta ¢6

A c
AC* = AB* + BC* —2.4AB.BC.cos ABC
=12 41> =2.1.1.c08120°=3 = AC =3 3
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Cau7: Tam gidc 4BC cO AB=4,BC=6,4C= 2W7. Piém M thuoc doan BC sao cho
MC =2MB . Tinh 40 dai canh 4 .

A. AM =42. B. AM =3. C. AM =23. D. AM =32.
Loi giai
Chon C
2
2 2 2 42 4+6%— 2\/7
Theo dinh li ham cosin, ta ¢c6 : cosB = AB +BC —AC ( ) :l.
2.4B.BC 2.4.6 2
Do MC:2MB—>BM:%BC:2. 4
Theo dinh 1i ham cosin, ta c6
AM? = AB> + BM* —2.4B.BM .cos B
1
:42+22—2.4.2.5:12:>AM:2x/§ s - c

Cau8: Tam gidc 4BC cO AB= @ BC=+/3,C4=+2.Goi D la chan duong phan gic trong
goc 4. Khi d6 gbc ADB bang bao nhiéu do?
A. 45°. B. 60°. C. 75°. D. 90°.
Loi gidi
Chon C
Theo dinh li ham cosin, ta co:
2 2 2
e AB+AC —BC 1 A
2.AB.AC 2

— BAC = 120° = BAD = 60°
2 2 g -
cosABC:AB +BC" —AC zﬁéABC:%O
2.4B.BC 2 B D c

Trong A4BD ¢ BAD = 60°, ABD = 45° = ADB =175° .

Cau9: Tam giac 4BC vuong tai 4, duong cao AH =32 cn . Hai canh 4B va AC til¢ voi 3 va
4. Canh nhé nhat ciia tam giac nay c6 do dai bang bao nhiéu?
A. 38 cm. B. 40 am. C. 42 am. D. 45 cm.
Loi giai
Chon B
Do tam giac 4BC vuodng tai 4, ¢ ti I¢ 2 canh gbc vudng 4B:4C 1a 3:4 nén 4B la canh
nho nhét trong tam gic.
Ta co A—B=§:>AC=iAB.
AC 4 3
Trong A4ABC cb AH la dudng cao
1 1 1 1 1 1 1

9
] 32> AB®> 164B

= = + = +
2 2 2 2
AH?> AB*> AC* AB [%ABz

Cau 10: Tam gidc MPQO vudng tai P. Trén canh MQ liy hai diém E,F sao cho cic goc
MPE, EPF, 1@ bfmg nhau. Dat MP =gq, PQ =m, PE = x, PF = y . Trong cac h¢ thuc sau, h¢
thirc nao dung?

A. ME = EF = FQ. B. ME* =¢* +x* —xq.
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C. MF> =¢* +y* —yq. D. MO* =¢* +m® —2qm.
Loi giai
Chon C

M E F Q

30° = MPF = EPQ = 60°.

Ta c6 W:E‘T’:@:MTPQ:

Theo dinh li ham cosin, ta ¢

—

ME? = AM* + AE* —2.AM .AE.cos MAE
=¢* +x> —2x.c0830° = ¢* + x> —gx/3

MF? = AM* + AF* —2AM .AF .cos MAF
=q* +y> —2qy.cos60°=¢q" + > —qy
MQ* =MP> +PQ* =¢" +m’.
Cau 11: Cho goc xOy=30°. Goi 4 va B 1a hai diém di dong lan luot trén Or va Oy sao cho
AB =1. D0 dai 16n nhét cua doan 0B béng:

A. % B. 3. C. 22 D. 2.
Loi giai

Chon D

Theo dinh li ham sin, ta co: y

OB __ 4B op——AB _ GnoaB-— : ! _.sinOAB = 25in OAB B

sinOAB  sin AOB sin AOB sin 30

Do d6, d6 dai 0B 16n nhét khi va chi khi sinO4B =1 048 = 90°.
Khido 0oB=2. 0 A

Ciau 12: Cho goc x0Oy=30°. Goi 4 va B la hai diém di dong lan luot trén Ox va Oy sao cho
AB=1.Khi 0B c6 do dai 16n nhit thi d dai cua doan 04 bing:

A. % B. 3. C. 2. D. 2.
Loi giai
Chon B
Theo dinh 1i ham sin, ta c6
OB __ 4B op——AB _ Gnoas— : ! _.sinOAB = 25in OAB y
sinOAB  sin AOB sin 40B s

Do do6, do dai oB 16n nhét khi va chi khi
sinOAB =1 < OAB = 90°.

Khido oB=2. 0 A
Tam gidc O4B vudng tai 4 = 04 =OB> —AB> =2> —1* =43
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Cau 13: Tam giac ABC cO AB=c, BC=a,CA=5b. Cac canh a,b,c li€n h¢ voi nhau boi déng thirc
b(0* —a*)=c(a* ~*). Khi d6 goc BAC bang bao nhiéu d6?
A. 30°. B. 45°. C. 60°. D. 90°.

Loi giai

Chgn C

AB* 4+ AC* —BC* I +b —d’

2.4B.AC  2bc
Ma b(b2 faz>: c(a2 fcz) s b —d’b=dc— o —d (b+c)+(b3 +c3): 0

Theo dinh 1i ham cosin, ta c6 cos BAC =

& (b+e)(P +¢ —a" —be)=0e b+ —a" —bc=0 (do b>0,¢>0)
sSb 4 —d =be
V+c—da 1

Khi d0, cosBAC=2"S"9 _ - BAC =60°.
2bc 2

Cau 14: Tam giac 4BC vudng tai 4, c6 AB=c, AC=5b. Goi ¢, la 4§ dai doan phan giac trong
goc BAC. Tinh ¢, theo b va c.

2(b 2(b
A ¢, _2be B.( = (b+e) C.o =2 D. ¢, _V2(bte)
b+c bc b+c bc
Loi giai
Chon A
Tacd BC=+/AB> +A4C> =’ +c* .
N A is . A
Do 4D la phan giac trong cuia BAC
2 2
=28 pc_Cpc— < po_b te
b b+c b+c
s . . B D ¢
Theo dinh li ham cosin, ta ¢
_ (bz—i—cz)
BD* = AB* + AD*> —2.AB.AD.cos ABD & ———— =’ + AD* —2c.AD.cos45°
(b+c)
b+ 3
= AD* —c\2.4D + cz—(—z) —0& 4D —\2.4D 22—,
(b+c) (b+c)
= 4D = J2be hay ¢, = \/Ebc.
+c b+c

Céu 15: Hai chiéc tau thay cing xuat phat tir mot vi tri 4, di thing theo hai hudng tao v6i nhau
goc 60°. Tau B chay vdi toe d6 20 hai li mot gio. Tau ¢ chay véi toe @6 15 hai 1i mot
gi0. Sau hai gio, hai tau cach nhau bao nhiéu hai 1i? Két qua gan nhét véi s6 nao sau day?

A. 61 hai li. B. 36 haili.
C. 21 hai li. D. 18 hai li.

Loi giai
Chon B

Sau 2 gio tau B di dugc 40 hai li, tau C di dugc 30 hai li. Vay tam giac 4BC ¢o
AB =40, AC=30 vd A =60".

Ap dung dinh i cosin vao tam gidc 4BC, ta co
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a* =b>+c* —2bccos A =30" +40> —2.30.40.c0s60" = 900 + 1600 —1200 = 1300.
Vay BC =+/1300 ~36 (hai li).
Sau 2 gio, hai tau cach nhau khoang 36 hai li.

Cau 16: Dé do khoang cach tir mot diém 4 trén bo song dén gdc cay C trén cul lao giira song, nguoi
ta chon mot diém B cung & trén bo v6i 4 sao cho tir 4 va B c6 thé nhin thiy diém ¢ . Ta
do duoc khoang cach 4B =40m , CAB = 45° va CBA = 170" .Vay sau khi do dac va tinh toan
dugc khoang cach 4C gin nhat véi gia tri nao sau day?
A.53m.

B.30m.
C. 41,5m.
D. 41m.

Loi giai
Chon C
AC 4B

Ap dung dinh i sin vao tam gidc 4BC, ta c6 —— =—
sinB  sinC

. o
Vi sinC =sin(a+8) nén 4C = AB.sin 5 = 30Sin707 41,47 m,
sin(a+8)  sinll5

Cau 17: Tuvitri 4 nguoi ta quan sat mot cay cao (hinh v¢).
Biét AH = 4m, HB =20m, BAC =45,

Chiéu cao cua cdy gan nhat vdi gia tri nao sau day?

A. 17,5m. B. 17m.
C. 16,5m . D. 16m.
Loi giai
Chon B
., .. —— AH 4 1 —
Trong tam gidc AHB,ta cO tan ABH =——=—=———ABH ~11'19".
BH 20 5

Suy ra ABC =90° — ABH =78°41".
Suy ra ACB =180" —(BAC + 4BC)=56"19".

Ap dung dinh 1y sin trong tam gidc 4BC , ta duoc

A/B\: CE\ CB:AB'SIH/B\AczUm.
sin ACB sin BAC sin ACB

Cau 18: Gia st €D =4 1a chiéu cao ciia thap trong d6 C 1a chan thap. Chon hai diém 4, B trén
mit dit sao cho ba diém 4, B va C thiang hang. Ta do dugc AB=24m,
CAD = 63°, CBD = 48°

Chiéu cao / cua thap gan vdi gia tri nao sau day?

A. 18m . B. 18,5m .
C. 60m . D. 60,5m .
Loi giai
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Cau 19:

Cau 20:

Cau 21:

Chon D
AD AB

Ap dung dinh 1i sin vao tam gidc 4BD, ta cd —— ="
sinG sinD

Taco a=D+31nén D=a— [ =63"—48° =15".
AB.sin3 _ 24.sin 48’

Do @6 4D == =
s1n(a—ﬁ) sin15

~ 68,91 m.

Trong tam giac vudng ACD, cO h=CD = AD.sina ~ 61,4 m.

Trén ndc madt tdoa nha c6 mdt cot ang-ten cao 5m . Tur vi tri quan sat 4 cao 7m so vdi
mat dat, c6 thé nhin thdy dinh B va chan C ciia cot dng-ten dudi goc 50° va 40° so voi
phuong nim ngang.

Chiéu cao cua toa nha gan nhat véi gia tri nao sau day?

A. 12m. B. 19m.
C. 24m. D. 29m.

Loi giai
Chon B

Tur hinh V&, suy ra BAC =10 VA 4BD =180 —(BAD + ADB) = 180" — (50" +90") = 40"

Ap dung dinh 1i sin trong tam giac 4BC , ta co

. - . 0
BE\: AE\ AC:BC.sm/,fCZS..smﬁ) ~185m .
sinBAC  sin ABC sin BAC sin10

— —

Trong tam giac vudng ADC , ta cO sinCAD = j—?—@D =AC.sinCAD =11,9 m.
Viy CH =CD+DH =11,9+7=18,9 m.

Xac dinh chiéu cao ciia mot thap ma khong can 1én dinh cia
thap. Dt ké gidc thang dimg cach chan thap mot khoang
CD = 60m , gia st chiéu cao cua gidc ké 1a OC = Im .Quay thanh
gi4c ké sao cho khi ngam theo thanh ta nhinh thiy dinh 4 cua
thap. Poc trén giac ké sb do ctua goc 40B = 60°. Chiéu cao cua
ngon thap gan vai gia tri nao sau day:

A. 40m . B. 114m . .

C. 105m . D. 110m. D 60m c
Loi giai

Chon C

Tam giic O4B vudng tai B, cO tan AOB = g—g = AB=1tan60".0B = 603 m.
Vay chiéu cao ciia ngon thap 1a h = 4B +0C = (60x/§+1)m.

T hai vi tri 4 va B cua mot tda nha, nguoi ta
quan sat dinh ¢ cua ngon ndi. Biét ring do cao
AB=70m , phuong nhin 4C tao v&i phuong nam
ngang goéc 30°, phuong nhin BC tao v6i phuong
nam ngang goéc 15°30' .Ngon ndi d6 c6 dd cao so
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voi méat dat gan nhat voi gia tri nao sau day?

A. 135m . B. 234m.
C. 165m . D. 195m .

Loi giai
Chon A

Tir gia thiét, ta suy ra tam gidc 4BC c¢6 CAB = 60°, ABC =105°30' va ¢ =70.
Khi d6 4 +B+C =180" < C =180° —(2 +1§):180° ~165°30" = 14°30/.
Theo dinh i sin, ta ¢ .b — hay — bo - = — 700 -
sinB  sinC sin 105730 sin 14730
70.sin 105°30’
sin 14°30’
Goi cH 1a khoang cach tir C dén mat dit. Tam giac vuong ACH c6 canh CH ddi dién

Dodd AC=b= ~269,4 m.

voi goc 30° nén

CH = Az_C = % =134,7 m. Vay ngon nui cao khoang 135 m.

Céiu 22: Tam gidc ABC c¢b AB=6cm, AC=8cm va BC=10cm . DO dai dudng trung tuyén xuét
phat tir dinh 4 cia tam giac bang:

A. 4cm . B. J3cm . C. 7cm . D. 5cm .
Loi giai A
Chon D
Ap dung cong thirc duong trung tuyén m> = b +c 72—2 ta duoc:
Il Il
B w w C
m2:AC2+ABziBC2:82+627£:25:>ma:5’ M

¢ 2 4 2 4

Céu 23: Tam gidc ABC vudng tai 4 va ¢ AB=AC =a. Tinh d6 dai duong trung tuyén BM cua
tam giac da cho.

A. BM =1,5a. B. BM =a\2. C. BM =a\3. D. BM :%.
Loi giai

Chon D B

M 1a trung diém clia 4C = AM :Az—czg.

Tam giac ABAM vudng tai 4 =AU

— BM =AB® + AM* = a%%z%. AT

Céu 24: Tam gidc ABC c¢b AB=9cm, AC=12cm va BC =15cm. Tinh d6 dai duong trung tuyén
AM cua tam giac da cho.

A. AM :;cm. B. 4M =10cm. C. AM =9 cm. D. am :?cm.
Loi giai

Chon A R

‘ A 1 \ £ , b+ &

Ap dung hé thuc dudng trung tuyén m’ = S ta dugc
, AC*4+A4B* BC* 12*+9* 15 225

m. = — = —_—_ B M C
¢ 2 4 2 4 4
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Cau 25: Tam giac ABC cantai C,c6 AB=9cm va AC= %cm . Goi D la diém dbi xung cua B
qua C . Tinh d6 dai canh 4D.
A. AD=6cm. B. 4D=9cm.
C. 4D =12cm. D. 4D =122 cm.
Loi giai
Chgn C
Ta co: D 1a diém dbi xtmg ciia B qua C = C 14 trung diém cua BD. b
= AC latrung tuyén cta tam giic ADAB.
BD =2BC =24C =15. c
Theo hé thirc trung tuyén ta co:
2 2 2 2
acr ~ABHADT BD” e 5y 1 BDD ype
2 4 2 A B
2
= AD* = 2. [lsz —|—%—92 =144 = AD =12.
A . , . \ .2 , A —_— 5\/—
Cau 26: Tam gidc 4BC cO AB=3,BC=8.Goi M latrung diém cua BC . Bi€t cosAMB=—— va
AM >3 . Tinh 36 dai canh 4C .
A. ACc=\13. B. 4C=17. C. 4C=13. D. 4Cc=7.
Loi giai
Chon D
. \ -2 , BC
Ta co: M 1a trung diém cia BC = BM = - = 4.
2 2 2
Trong tam giac 4BM ta cd: cos AMB = AM +BM_ —AB
2AM .BM
& AM? —2AM .BM .cos AMB +BM* — AB*> = 0. A
2043 AM =+/13 >3 (thod min)
&AM — AM +7=0< 7\/—
AM =——<3 (loai)
=AM =13. L I
Ta cd: AMB va AMC 1a hai gbc ké bu. B i M i C
= c0s AMC = —cos AMB = —i
Trong tam gidc AAMC ta co:
AC* = AM® +CM* —24AM CM .cos AMC = 13+16—2.«/§.4.[—%}: 49 = AC=7.
Céu 27: Tam gidc ABC c6 trong tim G . Hai trung tuyén BM =6, CN =9 va BGC =120". Tinh d6
dai canh 4B .
A. 4B=A11. B. 4B=4/13.
C. 4B=2411. D. 4B=2413.
Loi giai
Chon D
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Ta c6: BGC va BGN la hai goc ké bu ma BGC =120° = BGN = 120"

G la trong tdm cua tam giac A4BC

BG:%BM:4. A
=l M
GN:ECN:} N

Trong tam giac ABGN ta co:
BN® =GN’ + BG* —2GN.BG.cosBGN B ¢

= BN? :9+16—2.3.4.%:13:>BN =13.

N 1a trung diém ctia 4B = 4B =2BN =2413.

Ciu 28: Tam giac 4BC c6 do dai ba trung tuyén lan lugt 1a 9; 12; 15. Dién tich ctia tam giac 4BC

bang:
A. 24, B. 2442 .
C.72. D. 7242
Loi giai
Chon C
2 2 2
L LS|
IR =29 [a=2v73
Taco: {m? =2 ;’C —%:144<:> B =208 =|b=413
2 _
2 2 2 ¢ =100 c=10
m2 = o5
2 4
Ta c6: COSA_b2+c2—a2 ©208+100-292 1
: 2be 2.413.10 5J13
2
sind =+1—cos*4 = 1—[;] :18\/3.
5J13 65

Dién tich tam gidc A4BC:S, . = %bc sin 4 = %.4\/3 . 10.% =72

Ciau 29: Cho tam gidc ABC ¢6 AB=c, BC=a, CA =b. Néu gitta a, b, ¢ ¢6 lién hé »* +¢* =24 thi
d6 dai duong trung tuyén xuat phat tir dinh 4 ctia tam giac tinh theo « bang:

A. % B. @ C. 2a\3. D. 3a3.
Loi giai
Chon A
A 11 £ J raN 42 , L, P+ &
H¢ thure trung tuyén xuat phat tir dinh 4 cua tam giac: m’ = R

2 2 2
Ma: b2+02:2a2émf:2%7%:3%:>ma:&.

Céu 30: Cho hinh binh hanh ABCD ¢6 AB=a, BC=b, BD=m vd AC=n. Trong cic biéu thirc
sau, biéu thtc ndo dung:
A. m2+n2:3(a2—|—b2). B. m2+n2:2(a2+b2).
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C.2(m2+n2):a2+b2. D.3(m2+n2):a2+b2.
Loi giai

Chon B

Goi 0 1a giao diém cia 4C va BD. Ta co: BO = %BD = %

BO 1a trung tuyén clia tam giic A4BC

BA*+BC’ AC* m’ _a+b n

— BO? = —<:>m2+n2:2(a2+b2) )
2 4 4 2 4

Cau31: Tam gidc ABC ¢b AB=c, BC=a, CA=b. Céc canh q, b, ¢ lién h¢ v6i nhau boi ding thirc
a* +b =5¢> . Goc gitra hai trung tuyén 4M va BN 13 gbc nao?
A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai
Chon D
Goi G la trong tam tam gidc A4BC.

2 2 2 2 2 2 2b2+02 2
Ta co: AMZ:AC +48° BC _bV+c o iAGZZiAMZZQ_“_
2 4 2 4 9 9 9
BN2:BA2+BC2_AC2:c2+a2_£ jGNQZLBNZZCZJraZ_i
2 4 2 4 9 18 36

Trong tam giac AAGN ta co:

2(b2 +02) & Frd BB

2 2 _ 2 ——+ -
cosAGN:AG tGN” — AN - 9 9 18 36 4
2.AG.GN 2\/2(b2+6'2>_az C2+a2 _z
' 9 9\ 18 36
Z(bz—l—cz) & P4d BB
- + — 2 2 2
__ 9 9 " 18 36 4 _ 10¢* —2(a* +0°) L
20 +¢) & [P+ B 2+ 2 [
2.\/()_61' ¢ ta _bi 36.2. u i ¢ +a 7b7
9 9 18 36 9 9 18 36
= AGN =90".

Cau 32: Tam gidc ABC cb ba dudng trung tuyén m,, m,, m, théa man 5m> =m? +m>. Khi d6 tam

giac nay la tam giac gi?

A. Tam giac céan. B. Tam giac déu.
C. Tam giac vudng. D. Tam giac vudng can.
Loi gidi
Chon C
, P+ &
m, -
2 4
2 2 2
Tacod: {m> =2 te b
2 4
, a4+ ¢
m; = -
2 4

4

__+ R
2 4 2 4

<106 +10¢* =54 =2a* +2¢* —b* +24° +2b* —¢*

. bZ 2 2 2 2 bZ 2 bZ 2
Ma: 5m§:m,f+mf:>5[ te a|_a+c a +0o" ¢
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Cau 33:

Cau 34:

Cau 35:

Cau 36:

&b+ =da’ = tam gidc A4BC vudng.

Tam gidc ABC ¢ AB=c, BC=a, CA=b.Goi m,, m,, m, 1a 40 dai ba duong trung tuyén,
G trong tam. Xét cac khang dinh sau:
(1). m?+m? +m? :%(az +b' +*). (). GA® +GB* +GC* :%(a2 +b° +c).
Trong céc khang dinh da cho c6
A. (I) dung. B. Chi (1I) dung.
C. Ca hai cung sai. D. Ca hai cung dang.

Loi giai
Chon D

, b4 a
¢ 2 4
2 2 2

Taco: {m> =2 —2’_6 —% émi—&—m,f—&—mf:—(az—l—bz—l—cz)
m2_az+b2,i
‘ 2 4

Tam gidc ABC c6 BC =10 va 4 =30°. Tinh ban kinh R cua dudng tron ngoai tiép tam
giac ABC.

A. R=5. B. R=10. c.r-12. D. R =103.
3
Loi giai
Chon B
Ap dung dinh li sin, tacé —2S_ —ar=r=—2¢ 10 __y
sin BAC 2.sind 2.sin30

Tam gidc ABC c¢6 AB=3, AC=6 va 4 =60°. Tinh ban kinh R cta dudng tron ngoai tiép
tam giac ABC .
A. R=3. C. R=13. D.

Loi giai

B. R=33. R=6.
Chon A

Ap dung dinh 1i Cosin, ta ¢6 BC> = AB* + AC* —2A4B.AC.cos BAC

=346"-2.3.6.c0s60° =27 < BC* =27 < BC> + AB> = AC”.

ac _

Suy ra tam gidc 4ABC vuodng tai B, do do ban kinh R = 5 3.

Tam gidc 4BC c6 BC =2lcm, CA =17cm, 4B =10cm . Tinh ban kinh R cta duong tron

ngoai tiép tam giac ABC .

A.R:S—Scm. B.R:lcm.
2 4
C.Rzg—scm. D.R:Zcm.
8 2
Loi giai

Gido vién co nhu cau so hitu file word vui long

Trang 723

lién hé. Face: Tran Dinh Cu. SPT: 0834332133



Chon C

_ AB+BC+CA4

biat p =24. Ap dung cong thirc Hé — rong, ta co

Sause =P(p—AB)(p—BC)(p—CA) = |[24.(24 -21).(24 —17).(24 —10) = 84 em”.
AB.BC.CA AB.BCCA _21.17.10 85
—:>R: — —_

Vay ban kinh can tim 13 § =
Ay aune 4R 4.8, 15 4.84 8

Cau 37: Tam giac déu canh « ndi tiép trong dudng tron ban kinh R . Khi 6 ban kinh R bing:

A R:ﬂ B R:a 2
. o . T
C R:@ D R:ﬁ
. T . oE
Loi gii
Chon C

Xét tam giac ABC déu canh 4, goi M 1a trung diém cua BC.

2
Tacd AM L BC suyra S, ,. = %.AM.BC = %.\/ABZ —BM’.BC = #.
\ 3
Vay ban kinh cin tinh 14 5, = ABBCCA o ABBCCA o __aV3
4R 4Ssie P33
"4

A ., ” . . \ 12 . AB P , , ,
Cau 38: Tam giac 4BC vudng tai 4 c6 duong cao 4H =~ om va E:%' Tinh ban kinh R cla

dudng tron ngoai tiép tam gidc 4BC .

A. R=3 om. B. R=15cm.
C. R=2cm. D. R=35cm.

Loi giai
Chon A

Tam gidc 4BC vudng tai 4, c6 dudng cao AH = AB.AC=AH" (x).

2
Mat khac AB _3 o 4p=24C thé vao (x), ta dugc 3ac _[E] @AC:ﬂ.
AC 4 4 4 5 5
Suy ra ABZ%.%Z#?BC: AB* +AC* =2.3.

Vay ban kinh can tim 13 R = 192_C =3 cm.

Ciu 39: Cho tam gidc ABC cO AB =33, BC=63 va C4=9.Goi D la trung diém BC . Tinh ban
kinh R cua duwdng tron ngoai tiép tam gidc ABD.

A.R:%. B. R=3. C. R=33. D.R:%.
Loi giai
Chon B
Vi D la trung diém ctia BC = AD> = AB” JZFACZ B¢ =27 = 4D =343.
Tam giic ABD cO AB=BD = DA =3/3 = tam giac 4BD déu.
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Nén c6 ban kinh dudng tron ngoai tiép 1a R = ?AB = g.sﬁ =3.

Ciu 40: Tam giac nhon ABC ¢6 AC =b, BC=a, BB' la duong cao ké tir B va CBB' = . Ban kinh
dudng tron ngoai tiép R ciia tam gidc 4BC dugc tinh theo 4, b va o la:

7\/a2+b2—2abcosa 7\/a2+b2+2abcosa

A. R= - . B. R= -
2sin « 2sin «
2 2 2 2 .
C. R:\/a +b +2abcosoz. D. R:\/a +b 2absma.
2cos« 2cosa
Loi giai
Chon D

. /
Xét tam gidc BB'C vuong tai B’, ¢ sinCBB' = % = B'C=asina.

Ma AB'+B'C=AC < AB'=b—asina va BB"? =a*.cos’ a.

Tam giac 4BB’ vudng tai B', cO AB=+/BB"* + 4B" :\/(b—a.sina)z +a*.cos’ a

= \/b2 —2ab.sin o +a’ sin* a +a’ cos’ a = \/a2 +b* —2absina.
Ban kinh duong tron ngoai tiép can tinh 1a
AB _\/a2 +b* —2absina

——=2R <R
sin ACB 2cos«

Cau 40: Tam gidc ABC cO AB=3, AC =6, BAC = 60°. Tinh dién tich tam giac ABC .

A Sy =93, B. S, = # .
C. Sy =9. D. S, = %.
Loi giai
Chon B
93

Tacod S, = %.AB.AC. sind = %.3.6.sin 60° = -~

Cau 41: Tam gidc ABC cb AC =4, BAC =30°, ACB =75°. Tinh dién tich tam giac ABC .

A. S, e =8. B. S, ,,c =43
C. Sy =4. D. S, =8/3.
Loi giai
Chgn C

Ta ¢ ABC =180° —(BAC + ACB)=75"= ACB.
Suy ra tam gidc ABC cantai 4 nén AB=AC=4.

Dién tich tam gidc ABC 1 S, ,. = %AB.AcsinBA/\C =4

Cau 42: Tam gidc ABC c6 a=21, b=17, c=10. Dién tich clia tam gidc 4BC bang:

A. S, =16. B. S, =48.
C. S, 0 =24. D. S, =84.
Loi giai
Chon D
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20417410
2

Do do s :\/p(pfa)(pfb)(pfc) =\/24(24721)(24717)(24710) =84.

Tacod p= 24 .

Ciau 43: Tam gidc ABC cb AB=3, AC =6, BAC =60°. Tinh do dai dudng cao A, cuia tam giéc.
A h =33 B. h=43. C.h=3. D. ha:%.
Loi gidi
Chgn C
Ap dung dinh 1y ham s6 cosin, ta ¢6
BC> = AB*> + AC* —24B.ACcos A =27——BC =33 .
Taco S, = —.AB.AC.5in 4 = +.3.6.5in 60° — 03 .
2 2 2
- 1 28
Laicod S, ==.BCh h,=—=3.
: adse =5 ., BC
Céu 44: Tam gidc ABC c6 AC=4, ACB=60°. Tinh do dai duong cao 4 uit phat tir dinh 4 cua
tam giac.
A h=23. B. h=443. C.h=2. D. h=4.
Loi giai
Chon A
Goi H 1a chan duong cao xuat phét tir dinh 4 .
Tam giac vudng AHC , cO sin ACH = j—?—%H = AC.sin ACH = 4.? =2.3.
Ciu 45: Tam gidc ABC c6 a=21, b=17, c=10. Goi B' 1a hinh chiéu vudng goc ciia B trén canh
AC . Tinh BB'.
A. BB'=5. B. 55'="
C. BB':@. D. BB':ﬁ.
17 17
Loi gidi
Chon C
Taco p= 214—12& =24 .
Suy ra §=/p(p—a)(p—b)(p—c)=1/24(24—21)(24—17)(24 —10) = 84.
Laico S :lb.BB'<—>84 =1.17.BB'—>BB‘ :ﬁ.
2 2 17
Cau 46: Tam gidc ABC c6 AB=8cm, AC =18 cm va c6 dién tich bing 64 cm?. Gid trj sin 4 ang:
A. sinA:ﬁ. B. sinA:E.
2 8
C. sinA:i. D. sinA:§.
5 9
Loi giai
Chon D
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Tacd S, = %.AB.AC. sin BAC < 64 = %.8.18.sinA &sind = g.

Ciu 47: Hinh binh hanh 4BCD ¢6 4B =a, BC =a\2 va BAD =45°. Khi d6 hinh binh hanh c6 dién
tich bang:
A. 24°. B. &2 C. a. D. &3
Loi gidi
Chon C
n ., R 1 o= 1 o d
Dién tich tam gidc 48D 1a S,,,, = E.AB.AD.sm BAD = E.a.a«/f. sin45° = >
2
Vay dién tich hinh binh hanh 4BcD 14 S, =2.5,,,, = z.”7 —d.
Ciu 48: Tam gidc 4BC vudng tai 4 cb AB=AC=30cm. Hai duong trung tuyén BF va CE cit
nhau tai G . Dién tich tam gidc GFC bang:
A. 50 cm”. B. 5042 cm®.
C. 75cm’. D. 15V105 cm?.
Loi gidi
Chon C
Vi F 1a trung diém ctia 4C = FC = %AC =15 am.
Puong thing BF cit CE tai G suyra G la trong tim tam giac ABC.
.., d(B;(AC
Khi d6 d(B:(4C)_br 3=d(G;(4C)) zld(B;(Ac)) =45 10 m
d(Gi(4C)) GF 3 3
Vay dién tich tam giac GFC 1a: S, .. = %.d (G:(4C)).FC = %.10.15 =75 em’.
Ciu 49: Tam giac déu ndi tiép duong tron ban kinh R =4 cm c6 dién tich bang:
A. 13 cm’ B. 132 cm?
C. 1243 em? D. 15cm*.
Loi gidi
Chon C
Xét tam giac 4BC déu, c6 d6 dai canh béng a.
Theo dinh I sin, ta ¢6 —2C — 2R & — 9 ~ =246 a=8.5in60° =443.
sin BAC sin 60
Vay dién tich can tinh 13 5, = %.AB.A C.sin BAC = % (443 )2 8in 60° =124/3 am’.
Cau 50: Tam gidc 4BC c6 BC =23, AC=24B va 40 dai duong cao 4H =2. Tinh d6 dai canh
AB.
A. 4B=2. B. AB:#.
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C. 4B =2 hoic AB:23£. D. 4B =2 hoic AB=¥
Loi giai
Chon C
Taco p ABHBCHCA 23 +34B
2 2
Suyra 5 — 34B+23|[34B —243 (23 - 4B|(2V3 + 4B _
2 2 2 2
Laico S = %BC.AH =2.3.
T d6 ta c6 245 — 34B+2v3|(34B 23 (23 — 4B (243 + 4B
2 2 2 2
b (948> —12)(12— 4B) AB=2
B 16 AB = 221
3
Cau 51: Tam giac 4BC cO6 BC=a, CA=b, AB=c va co dién tich S . Néu tang canh BC Ién 2 lan
ddng thoi ting canh 4C 1én 3 1an va giit nguyén d6 16n cua goc ¢ thi khi d6 dién tich
clia tam gidc méi duge tao nén bang:
A. 2S. B. 35. C. 4S5. D. 6S.
Loi giai
Chon D
Dién tich tam gidc 4BC ban daula 5 = %.A C.BC.sin ACB = %.ab. sin 4CB.
Khi ting canh BC 1én 2 1an va canh 4C 1én 3 lan thi dién tich tam gidc 4BC luc nay la
R %.(3A C).(2BC).sin ACB = 6%.A C.BC.sin ACB = 65.
Cau 52: Tam gidc ABC c¢6 BC=a va CA=b. Tam gidc 4BC co dién tich 16n nhat khi goc ¢
bang:
A. 60°. B. 90°. C. 150°. D. 120°.
Loi giai
Chon B
Dién tich tam giac 4BC 1a S, ,,. = %.A C.BC.sin ACB = %.ab. sin 4CB.
Vi a, b khong dbi va sin ACB <1, ¥C nénsuyra S,,,. < %b
Dau "=" xay ra khi va chi khi sin 4CB =1« ACB = 90".
Vay gia tri 10n nhat cta dién tich tam gidc 4BC 1a 5 = (;—b.
Céu 53: Tam gidc 4BC c6 hai dudng trung tuyén BM, CN vudng goc voi nhau va ¢ BC =3, goc
BAC =30°. Tinh dién tich tam gidc ABC .
3J3
A. S, e =33 B. S, ,,c=6V3. C. S, 0 =93. D. S, = T\F
Loi giai
Chgn C
Vi BM LCN ——54> =b* +¢* . (Ap dung hé qua di co trudc)
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Trong tam gidc 4BC ,tacod a’ =b* +c* —2bc.cosA =5a° —2bccos A ——bc = e
COoS

2

Khi d6 S:%bcsinA:l. 2a sind=d’tan 4 =343 .

2 cosd

Céu 54: Tam gidc ABC ¢ AB=5 AC=8 va BAC =60". Tinh ban kinh r ctia duong tron noi tiép
tam giac da cho.
A.r=1. B.r=2. C.r=43. D. r=23.
Loi gidi
Chon C
Ap dung dinh 1y ham s césin, ta c6
BC* = AB* 4+ AC* —24B.ACcosA =49——BC=7.
Dién tich § = %AB.AC. sind = %.5.8.% =103
Lai co S:p.r——n”:i:L:\/g.
p AB+BC+CA
Céu 55: Tam gidc 4BC cO a=21, b=17, c=10. Tinh ban kinh r ctia duong tron noi tiép tam giac
da cho.
A. r=16. B.r=7. C.r:%. D. r=38.
Loi gidi
Chon C
Ta cod p= w =24 .
2
Suy ra §=[24(24-21)(24-17)(24-10) = 84.
Lai co S:p.r;wzézﬁzz
p 24 2
Céu 56: Tinh ban kinh » ctia dudng tron ndi tiép tam giac déu canh a .
A.r:&. B. :a\/z. C.rzﬁ. D.r:a\/g.
4 5 6 7
Loi giai
Chon C
2 N 2
Dién tich tam giac déu canh a bang: 5 =2 ;/5 .
a*\3
Lai co S=pr—>r=£: 4 :ﬂ.
p 3a 6
2
Cau 57: Tam gidc 4BC vuong tai 4 c6 AB=6cm, BC=10cm. Tinh ban kinh » ctia dudng tron
noi tiép tam giac da cho.
A.r=1cm. B. r=+2 cm.
C.r=2cm D. =3 cm.
Loi gidi
Chon C
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AB+BC+CA _
2

Dung Pitago tinh dugc 4C=8,suyra p= 12.

Dién tich tam giac vudng S = %AB.AC =24 .Laicod S =pr——r= S _5em.
p

Ciu 58: Tam giac 4BC vudng can tai 4, cod 4B =a. Tinh ban kinh » ciia dudng tron noi tiép tam

giac da cho.
A =2, B. =L, C.r=—2_. D. =%,
2 V2 2442 3
Loi giai
Chon C
Tir gia thiét, ta 6 AC=AB=a va BC=a\2.
Suyrap:AB—i—BZC+CA:a 2+2J5 ‘

2
Dién tich tam giac vudng S = %AB.AC = a?.

Laico S=pr——r=

SRR

2442

Cau59: Tam gidc ABC vudng cantai 4 vandi tiép trong dudng tron tim O ban kinh R . Goi » 1a ban

kinh dudng tron ni tiép tam giac 4BC . Khi d6 ti s6 R bang:
r

A 1442 B. 202 c. 2t p. Lty2
2 2 2

Loi giai
Chon A
Gia st AC = AB=a——BC =av2 . Suyra R:%:%.
Taco pABFBCHCA_ 2+442|

2 2
2
Dién tich tam gidc vuéng S = %AB.AC = a?
Lai co S:p.r——uf:i: a_ Viay 5:14—\/5.
P 242 r
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