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Phin A. CAU HOI
Dang 1. Tép xac dinh ciia ham s lrong giac

Caul. (THPT LE VAN THINH BAC NINH NAM 2018-2019) Tap x4c dinh ciia ham s6 y = tan x la:

A. R\{0} B. R\{%+k7r,ke2} C. R D. R\{kr,keZ)
R A < N < oz 2sinx+1 . .
Cau 2. (THPT CHUYEN BAC NINH LAN 01 NAM 2018-2019) Ham s0 y = 1— xac dinh khi
—COSX
Vg Vg
A.x¢3+k27z B. x#kr C.x#k2x D.x¢3+k7r
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Cau3. (THPT THIEU HOA - THANH HOA NAM 2018-2019 LAN 01) Tim tap xac dinh D ctia ham
sO y =cotx+sinSx+cosx

A. D:R\{%+kﬂ,kez} B. D:R\{%+k27z,kez}
C. D=R\{kr,keZ} D. D=R\{k2x,ke Z}
Cau4. (THPT HUNG VUONG BINH PHUOC NAM 2018-2019 LAN 01) Tim diéu kién xac dinh cua
. B 1-3cosx
hams0 y=——
Sin x
A. x£k2r. B.x;tk?”. C.x¢§+k7r. D. x#kr.

Cau5. (THPT PONG SON THANH HOA NAM 2018-2019 LAN 02) Chon khang dinh sai?
A. Tap xéc dinh cua ham s6 y=cotx 1a R \{%+ k. ke Z}.

B. Tép xé4c dinh ctia ham s y=sinxla R.

C. Tap xac dinh cta ham s6 y=cosx la R.

D. Tap xéac dinh cua ham ) y=tanx la R\{%+k7r,k IS Z}.

sinx+1 _,

Ciu 6. (KTNL GV THPT LY THAI TO NAM 2018-2019) Tap xac dinh cia ham s y =— > la
SInx —
A. (-2;+ ) B. (2;+ ) C. R\{2}. D. R.
Cau7. (GKI THPT NGHIA HUNG NAM DINH NAM 2018-2019) Tap xac dinh cua ham sb
cotx .
= lIa
cosx—1

A. R\{k%,kez}. B. R\{%+k7z,keZ}.C. R\{kz,keZ}. D.R\{k2r,keZ}.

Cau8. (KTNL GV BAC GIANG NAM 2018-2019) Tap xéac dinh ctia ham sé y = cot x 1a:
A.R\{k27,keZ}. B. R\{%+k7r,keZ}.C. R\{kz,keZ}. D. R\{%+k2ﬁ,ke2}.

Cau9. (PE THI THU LOP 11 TRUONG THPT YEN PHONG LAN 1 NAM 2018 - 2019) Ham sb
nao co6 tap xac dinh 1a R:

2
+2 ]
A. y:costz—xl B. y=+2+2cosx C. y=cot3x—tanx D. y=sinvx+2
cot” x+

Cau10. (CHUYEN TRAN PHU HAI PHONG NAM 2018-2019 LAN 02) Diéu kién x4c dinh ctia ham
. 1
6 y=——— 12
SIN X —COSX

A. xzkz(keZ).  B. x¢%+k7z(keZ). C. x#kr(keZ).  D. x¢%+k7r(keZ).

Cau1l. (THPT NGO GIA TU VINH PHUC NAM 2018-2019 LAN 01) T4p xé4c dinh cia ham sb
y=tan2x la
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A. D= R\{ +ko, keZ} B.D:R\{fwf,kez}.
4 4 2
C.D= R\{2+k7r keZ} D.D:R\{k%,kez}.
Cau 12. (THPT YEN MY HUNG YEN NAM 2018-2019 LAN 01) Tdp xac dinh ctia ham sb
l—cosx ..
y=— la:
sinx—1
A. R\{ +/m} B. R\{kz} C. R\{k2r}. D.R\{%+k2n}

Cau 13. (PE THI THU LOP 11 TRUONG THPT YEN PHONG LAN 1 NAM 2018 - 2019) Tap xéc
dinh ciia ham s6 y =cot2x—tanx la:

A. R\{g+kn,ke2} B. R\{kmkeZ}. C. R\{4+k2 keZ} D. R\{k%,kez}

Ciu 14. (SO GD&DPT BAC NINH NAM 2018-2019 LAN 01) Tap xac dinh ciia ham s6 y =2sinx la
A. [0;2]. B. [-L1]. C.R. D. [-2;2].

) , ) 1
Cau 15. (THPT HOA LU A - LAN 1 - 2018) Tim tap x4c dinh D cta ham s y=— .
SIN X —COS X

A.D:R\{kﬁ|keZ}. B. D= R\{2+k7r|keZ}
C.D= R\{4+k7r|keZ} D.D:]R\{k27r|keZ}
Ciu 16. (THPT KINH MON - HD - LAN 2 - 2018) T4p xéac dinh ctia ham s6 y = Y 1a tap nao sau
COS X
day?
A. D=R. B. D= R\{2+kﬂ'} kel.
C. D= ]R\{ +k T kel. D. D=R\ +k——+k7z}keZ.
4 2 4 7272

Ciu 17. (THPT PHAN PINH PHUNG - HA TINH - LAN 1 - 2018) Xét bén ménh dé sau:
(1) Him s6 y =sinx co6 tdp xac dinh la R.

(2) Ham s6 y =cosx ¢ tap xac dinh 1a R .

(3) Ham s y =tanx c6 tap xac dinh 12 D:R\{%+k7z|kez}.

(4) Ham sb y =cotx c6 tap xac dinh Ia DzR\{k%VeeZ}.
S6 ménh dé dung la
A. 3. B.2. C. 1. D. 4.

Ciu 18. (THPT LUONG VAN TUY - NINH BINH - LAN 1 - 2018) Tap xé4c dinh cia ham s6 y = —tan x
la:
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A. D= R\{2+k7zkeZ} B. D=R\{kr,k e Z)}.
C. D=R\{k27,keZ}. D. D= R\{2+k27zkez}
Cau19. (THPT HA HUY TAP - LAN 2 - 2018) Didu kién xdc dinh cita ham sé y = —>0% 13
COS X
A.x¢5—”+k7z,keZ. B. x¢5—ﬂ+k— kelZ.
12 12 "2
C.x¢£+k£,keZ. D.x¢£+k7r,keZ.
6 2 2
Cau20. (THPT HAI AN - HAI PHONG - LAN 1 - 2018) Tim tap xac dinh D ciia ham sb y = i_s?nx
+SInx
A.D=R\{—%+k2ﬂ';%+k2ﬂ;kEZ}. B. D=R\{-kr;keZ}.
C.D:R\{—%+k27z;kez}. D. D= R\{2+k27zkez}

Cau21. (THPT CHU VAN AN -THAI NGUYEN - 2018) T4p xac dinh ctia ham s6 y = tanx+cotx 1a
A. D= R\{kf} B. D=R\{kz!. C. D= R\{%”m} D. D= R\{k;}

Ciu22. (THPT XUAN HOA - VP-LAN1-2018) Tap D = R\{%ﬂk € Z} 1a tap x4c dinh cua ham sb

nao sau day?

A. y=cotx. B. y=cot2x. C. y=tanx. D. y=tan2x
Ciu 23. (THPT CHU VAN AN - HKI - 2018) Tim tap xé4c dinh ctia ham s y = cosfc+1'
A. D=R\{k2z,k e Z}. B. D= R\{2+k27z keZ}
C. D=R\{7r+k27z,keZ}. D. D:R\{ﬁ+k7r,keZ}.
Cau24. (THPT CHU VAN AN - HKI - 2018) Tim tap xac dinh ctia ham sé y = ;;1?;
A.D:R\{kﬂ,keZ}. B. D= R\{2+kﬂ' keZ}

C.D= R\{2+k27[ K2z, keZ} D.D:R\{k%,keZ}.

Cau25. (THPT CHUYEN QUOC HOC HUE - 2018) Tim tip x4c dinh D cta ham sé y = tan(Zx —%j
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3r krx }

A.D=R\{?+7,keZ B.D=]R\{3T7Z+k7r,keZ}.

C. D=R\ZFE ezl D. D=R\Z+knkeZ}.
4 2 2
Ciu26. (THPT HA HUY TAP - HA TINH - LAN 1 - 2018) Tim tap xac dinh cta ham sé y = tanxl.
COS X —
A. D=R\{k2x}. B.D:R\{%+k27r}.
T VA
C. D:R\{E+k7z;k27z}. D. D=R\{5+k2ﬂ';x¢k7r}.

Ciu27. (THPT CHUYEN THAI BINH - LAN 3 - 2018) T4p xac dinh cia ham s6 y = tan (% cos xj la:

A. R\{0}. B. R\{0;7}. C.R\{k%}. D. R\{kz}.

Ciu28. (THPT CHUYEN BIEN HOA - HA NAM - 2018) Tim tp xac dinh cia ham sd y = tan (2x + %)

A D=R\{Z+kZ|keZ}. B.D=R\Ztkr|keZ}.
22 6

C.D:R\{£+k7z|kez}. D.D=R\{—£+k£|kez}.
12 6 2

Ciu 29. (THPT CHUYEN LE HONG PHONG - NAM PINH - LAN 2 - 2018) Tim tip xac dinh D cua

\ Je tanx—1 T
hamsd y = +cos x+§ .

sin x
'%/4
A. D=R\{kz,keZ}. B. D=R\ T,keZ .
C.D=R\{%+k7z,keZ}. D. D=R.
Cau30. (SO GD&DPT BINH PHUOC - LAN 1 - 2018) Tim tap xac dinh D ciia ham s6 y:tsmxl.
an x —
A.D:]R\{mﬂ';%+n7z; m,neZ}. B.D:R\{%+k27z;keZ}.
C.D:R\{%+m7z;%+n7z; m,neZ}. D.D:R\{%+k7z;keZ}.
" . XS N s s & 2tanx—1 _,
Cau 31. (THPT HOA VANG - DA NANG - 2018) Tap xac dinh D cua ham so y:TIa:
sin x
A. D=R\{kz|keZ}. B.D:R\{§+kﬂ]keZ}.

Téng hop: Nguyén Bio Vuong: https://www.facebook.com/phong.baovuong 5




CAC DANG TOAN THUONG GAP

DT:0946798489

C.DZR\{%”WEZ}.

cos3x

D. D=R\{0}.

Céu 32. Tép xac dinh cia ham sé y =

A. R\« —+—;—+km,—+knm,keZ;.
6 6 6

C. R\{£+kﬂ';5—7z+kﬂ';£+kﬂ',k62}.
2 6 6

5sin2x+3 N cos’x +5

la:

r r
cosx.cos| x—— |.cos| = +x
( 3) (3 j

B. R\{%+k7z;%+kﬂ,ke2}.

D. R\ £+lm;5—”+k—”,kez .
2 6 2

Céu 33. Tap xac dinh ctia ham sé f(x) = :
12 sinx

A.D:R\{k27z|keZ}.
C.D:R\{kiﬂkeZ}.

. 1
Cau 34. Tap xac dinh ctia ham s6 — 2% 3.
2sinx +1

A. D=R\{—%+k2ﬂ;%+k2ﬂ|ke2}.

C.D:R\{—%+k7z|keZ}.

I 5—-3cos2x

Céu 35. Tap xac dinh ctia ham s \/

A.D=R\{kz|keZ}.B. D=R.

C.D=R\{k7”|kez}.

Céu 36. Tap xac dinh cia ham sé y = cot(x + %) +

A. D:R\{—%+k27z|ke2}.

C.D:R\{k27r|keZ}.

Céu 37. Tap x4c dinh ciia ham s6 y =+/2 +sinx R
x_

A. D:R\{i%+k7z;%+k7z|k62}.

1+ sin (2x - ”J‘
2

la:
COS X
kr
B. D:R\{7|ke2}.

D. D=R\{—%+kﬂ|k€2}.

B. D=R\{%+kﬂ|k€2}.

D. D:R\{—%+k7z;%’”+k7z|kez}.

D.D=R\{k27z|keZ}.

1+cosx

la:

1—cosx

B. D=R\{%z+k7z,k2ﬂ'|keZ}.
T
D. D:R\{—g+kﬂ|keZ}.

la:

B.D:R\{%ﬂkez}.
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C.D:R\{%+k7z|keZ}. D.D=R\{i%+k7z|keZ}.

1+tan(§+2x}
Cau 38. Hamsb y = > c6 tap xac dinh la:
cot” x+1

A.D=R\{£+k£,k7z|kez}. B.D:R\{1+k7z,k1|kez}.
6 2 12 2

C.D:R\{1+k7z;k7z|kez}. D.D:R\{1+k§;k7z|kez .
12 122

Dang 2. Tinh tuin hoan ciia ham s6 lwong giac

Cau 39. (THPT THIEU HOA — THANH HOA NAM 2018-2019 LAN 01) Cho c4c ham sb: y =sin2x,
y=cosx, y=tanx, y=cotx.Co bao nhiéu ham sb tuan hoan voi chuky 7 =r.
A. 1 B.2 C.3 D. 4

Ciu 40. (THPT XUAN HOA - VP - LAN 1 - 2018) Chu ky ctia ham s6 y = 3sin§ 1a s6 nao sau day?

A. 0. B. 27 . C.4r. D. r.
Cau 41. (THPT NGUYEN THI MINH KHAI - HA TINH - 2018) Chu ky ctia ham s§ y =sinx 1a
A. k27, B. 7. C.2r. D. %

Ciau42. (SGD&DPT BAC NINH - 2018) Trong cac hamsé y=tanx; y=sin2x; y=sinx; y=cotx, c6
bao nhiéu ham sb théa man tinh chat f(x+kz)=f(x), VxeR, keZ.

A. 3. B. 2. C. 1. D. 4.
Ciu43. (THPT CHUYEN BAC NINH - LAN 1 - 2018) Trong bén ham sé: (1) y =cos2x, (2) y =sinx
; (3) y=tan2x; (4) y =cot4x c6 may ham sd tuan hoan véi chu ky 7 ?

A. 1. B. 0. C.2. D. 3.

Ciu44. (CHUYEN BAC NINH - LAN 1 - 2018) Trong bon ham sb: (1) y=cos2x, (2) y =sinx;
(3) y=tan2x; (4) y =cot4x c6 may ham sb tudn hoan v6i chu ky 7 ?
Al B.0. C.2. D. 3.

Cau45. (THPT CHUYEN HA LONG - LAN 1 - 2018) Tim chu ki cia ham s6 f (x) = sin§+ 2cos37x .

A. 57, B. % C. 4r. D. 27

Ciu 46. (THPT YEN MY HUNG YEN NAM 2018-2019 LAN 01) Trong cac ham sé sau, ham s nao 1a
ham chén?

A. y:cos(x+§j B. y:|sinx| C. y=1-sinx D. y=sinx+cosx

Dang 3. Tinh chiin, 1é ciia ham s6 lwong giac
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Cau 47.

Cau 48.
sai?

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

Cau 55.

Cau 56.

(THPT CHUYEN QUANG TRUNG - BP - LAN 1 - 2018) Chon phat bidu dung:
A.Cacham so y=sinx, y=cosx, y=cotx déula ham so chan.

B. Cacham s6 y =sinx, y=cosx, y =cotx déu la ham so 1¢.
C.Cachamsd y=sinx, y=cotx, y=tanx déu la ham s6 chan

D. Cécham so y=sinx, y=cotx, y=tanx deu la ham so I¢.

(THPT CHUYEN HUNG VUONG - PHU THO - LAN 1 - 2018) Khang dinh nao duéi day la
A. Ham s6 y =cosx 1a ham s6 1¢é. B. Ham s6 y = cotx 1a ham s 1¢.

C.Ham s6 y =sinx 1a ham s6 1é. D. Ham s§ y =tanx 1a ham s6 1é.

(THPT CHU VAN AN - HKI - 2018) Ham s6 ndo sau ddy 13 ham s chin?

A. y=cotdx. B. y=tan6x. C. y=sin2x. D. y=cosx.

(THPT THACH THANH 2 - THANH HOA - LAN 1 - 2018) Khang dinh nao dudi day 1a sai?
A. Ham s0 y =sin x 1a ham so 1é. B. Ham s6 y = cos x 1a ham so 1¢.

C. Ham s6 y = tan x 13 ham s6 1é. D. Ham s6 y = cot x 1a ham sb 1¢.

(THPT XUAN HOA - VP - LAN 1 - 2018) Trong cac ham s6 sau, ham s nao 13 ham sé chin?
A. y =sin|2016x|+cos2017x. B. y=2016cosx+2017sinx.

C. y=cot2015x—-2016sinx. D. y=tan2016x+cot2017x.

(THPT CHU VAN AN - HKI - 2018) D5 thi ham s6 nao sau ddy khong c6 truc dbi xtimg?

A yefln]l xS0 B. ye f(x)=tan’3
.y=f(x)= : . y=f(x)=tan"3x.
4 cosx khi x>0 4
C. y=f(x)=cos3x. D. y=f(x)=x"+5x-2.
Ham sd nao sau day 1a ham sé chin?
A. y=-2cosx. B. y=-2sinx. C. y=2sin(—x). D. y=sinx—cosx.
re ot TETUCIER 4 sin 2x \ \
Xét tinh chén 1é ciia ham s0 y =———— thi y = f(x) la
o 2cosx—3 )
A. Ham s0 chan. B. Ham s6 1é.
C. Khong chan khong 18. D. Vira chan vira 8.

Xét tinh chin 1é clia ham s6 y = f(x)= cos(2x+%j + sin(2x —%) ,taduge y = f(x) la:

A. Ham s chan. B. Ham s 1é.
C. Khong chén khong 18. D. Vira chin vira 1é.

. 1 . . . X
Cho hai ham s6 f'(x)= —3+3sm2 x va g(x)=siny/1-x. K&t ludn nao sau ddy ding vé tinh
x—

chan 1¢ cua hai ham s nay?

A. Hai ham so f'(x);g(x) 1a hai ham s6 1é.

B. Ham s f(x) 12 ham s6 chdn; ham sb f(x) 13 ham sb 1é.

C.Hams6 f(x) 1a ham s6 1&; ham sé g(x) 1a ham s6 khong chdn khong 1é.
D. Cé hai ham s6 f(x);g(x) déu la ham s6 khong chdn khong 1é.
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Cau 57.

Cau 58.

297 x+cosnx, véi neZ.Hamsd y = f(x) la:

Xét tinh chin 1é ciia ham s6 £ (x)=sin
A. Ham s chén. B. Ham s 1é.

C. Khong chan khong 18. D. Vira chan vira 8.

sin?%%*" x + 2004

COS X

Cho ham s6 f'(x)= , vOi n e Z . Xét cac biéu thuc sau:

1, Ham sb da cho xé4c dinh trén D=R..

2, Do thi ham s6 d3 cho c¢6 truc d6i xung.

3, Ham s6 d3 cho 13 ham sb chan.

4, P thi ham s6 da cho ¢ tm ddi xung.

5, Ham s6 da cho 1a ham sé 1.

6, Ham sb da cho 1a ham sé khong chin khong 1¢.
S6 phat biéu dung trong sau phat biéu trén 1a

Cau 59.

Cau 60.

Cau 61.

A. 1. B. 2. C. 3. D. 4.
Cho ham s6 f(x)=|x|sinx. Phat biéu nio sau ddy la dung vé ham s6 da cho?
A. Ham sb da cho ¢ tap xac dinh D=R\ {O}

B. D4 thi ham s6 dé cho c6 tam d6i xtng.
C. Db thi ham s6 di cho c6 truc ximg.

D. Ham s6 c6 tap gid tri a [ ~1;1].

Xéc dinh tat ca c4c gié tri ciia tham s0 m dé ham s6 y = f (x)=3msin4x +cos2x 1a ham chn.
A. m>0. B. m<-1. C. m=0. D. m=2.

Dang 4. Tinh don diéu ciia ham s6 hrgng gidc

(THPT CHUYEN HUNG VUONG - GIA LAI - LAN 2 - 2018) Ham s6 y =sinx dong bién

trén mdi khoang nao dudi day.

Cau 62.

Cau 63.

A -ZikamZikorn | ke, B.[Zk2m lkon |, kel

2 2 2 2
C. (—7z+k27z;k27z), kel. D. (k27z;7z+k27z), kel.
(HONG QUANG - HAI DUONG - LAN 1 - 2018) Khang dinh nao sau day sai?
A. y =tanx nghich bién trong (O; %) B. y =cosx dong bién trong (—%; Oj .
C. y =sinx dong bién trong (—%; Oj . D. y = cotx nghich bién trong (O; %j .
(SGD - NAM PINH - LAN 1 - 2018) Ménh dé nao sau day dtng?

A.Ham sd y =sinx tudn hoan véichuky 7' =r.
| /4 . X - A A T
B. Ham s6 y =sinx dong bicn trén (O;Ej .

C.Ham s0 y =sinx la ham so chan.

D. DB6 thi ham s y =sinx c6 ti€ém cén ngang.
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Cau 64. (LE QUY PON - HAI PHONG - LAN 1 - 2018) Ham s6 y =sinx ddng bién trén khoang nao

sau day?

A [2Z 1T B.[2Z 17T} . [Zsz). p.[Z.2%]
474 474 4 474

Cau 65. (SO GD&DPT NAM DINH - HKII - 2018) Ménh d¢ nio sau day diing?
A.Ham s0 y =sinx tudn hoan véichuki 7'=r.

4 . A e n T
B. Ham s6 y =sinx dong bién trén (O;E) )

C.Ham s0 y =sinx 1a ham chan.

D. D6 thi ham s6 y =sinx c6 tiém can ngang.

Ciu 66. (THPT CHU VAN AN - HKI - 2018) Tim ménh d& ding trong cdc ménh dé sau?
A.Ham s6 y =cotx dong bién trén khoang (0; 7).

B. Ham s y =sinx nghich bién trén khodng (7; 277).

C. Ham s6 y = cos x nghich bién trén khoang (—%; %j .

37 Sﬂj
2

D. Ham sé y =sinx dong bién trén khoang (7, — .

Cau 67. (THPT HAU LOC 2 - TH - 2018) Chon khéng dinh diing trong cac khang dinh sau:
A. Ham s0 y =tanx tuan hoan véichuki 27 .

B. Ham s6 y = cosx tudn hoan véi chu ki 7.
C.Ham s6 y =sinx ddng bién trén khoang (0;%) .
D. Ham sé y =cotx nghich bién trén R .
Céu 68. Xétham sd y =sinx trén doan [—n; 0]. Khing dinh nao sau day 1a dung?

A. Ham s dong bién trén céc khoang (—n;—gj va (—3;0].

B. Ham s6 dé cho dong bién trén khoang (—n;—%} ; nghich bién trén khoang (—

NN

NN

C. Ham s da cho nghich bién trén khoang [—n;—gj ; dong bién trén khoang (—
\ X . e A , 2 T \ T
D. Ham s6 nghich bién trén cac khoang (—n;—zj va (—5;0].

Ciu 69. Xétham sé y=cosx trén doan [—n; n]. Khang dinh nao sau day 1a dung?
A. Ham s6 nghich bién trén cac khoang (—n;O) va (0; n).
B. Ham s6 dong bién trén khoang (—n;O) va nghich bién trén khoang (0; n).

C. Ham s6 nghich bién trén khoang (—n;O) va dong bién trén khoang (O; n).

;oj.
;oj.
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D. Ham s6 luén ddng bién trén cac khoang (—n;O) va (0;71).

Cau 70. Xét sy bién thién cia ham s6 y=tan2x trén mot chu ki tuan hoan. Trong céc két luan sau, két luan
nao dung?

A. Ham sé di cho ddng bién trén khoang (O;gj va (—;—j.

Zj va nghich bién trén khoang(

-M:l
Nl:l

B. Ham s6 da cho dong bién trén khoang (0

C. Ham s6 da cho ludn dong bién trén khoang [O;gj.

D. Ham sé di cho nghich bién trén khoang (0;%} va dong bién trén khoang (%,gj

Cau 71. Xét su bién thién ciia ham s6 y =1—sinx trén mot chu ki tuan hoan ctia né. Trong céac két luan sau,
két luan nao sai?

A. Ham sé di cho nghich bién trén khoang (——;Oj.

3)

C. Ham s6 da cho ddng bién trén khoang (g, nj.

N a

a

B. Ham s da cho nghich bién trén khoang [O;

D. Ham sé di cho nghich bién trén khoang (g,%j

Cau 72. Xét sy bién thién cia ham s6 y =sinx —cosx. Trong cac két luan sau, két luan nao dang?

A. Ham sb da cho dong bién trén khoang (—Z %j

B. Ham s6 da cho dong bién trén khoang (% %TJ

C. Ham s6 da cho c6 tap gié tri 1a[ ~1; 1].
D. Ham sd dé cho 1udn nghich bién trén khoang (—g,%j

Cau 73. Chon cau dung?
A.Ham s60 y=tanx luon luon tang.

B. Ham s6 y = tanx ludn ludn ting trén timg khoang xac dinh.
C. Ham sd y=tanx tang trong cac khoang (n +k2m; 2+ k2n),k .
D. Ham s6 y = tanx ting trong cdc khoang (k2m;n+k2n),k € Z.

CAu 74. Xét hai ménh dé sau:
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giam.

3n \ £
I Vxe 7:,7 :Hamso y =

sinx

giam.
COS X

3

(I Vx e n;; :Hamso y =
Ménh & dung trong hai ménh dé trén 1a:

A. Chi (I) dung. B. Chi (II) dung. C. Ca 2 sai. D. Ca 2 dang.
Cau 75. Khiang dinh nao sau day 1a dung?

N ., T T
A y= ‘tanX‘ dong bién trong [—E;—} .
- T
B. y:‘tanx‘ la ham s6 chan trén D = R\{E+kn ke Z}.

C.y= ‘tanx‘ c6 d6 thi dbi xung qua géc toa do.

. T T
D.y= ‘tanx‘ ludn nghich bién trong (_E’EJ
Dang 5. Tép gia tri, MIN_MAX cita ham sb lrong giac
Dang 5.1 Bién d6i thong thuong, st dung bit dang thirc co ban cua sin, cos

Cau76. (KTNL GV BAC GIANG NAM 2018-2019) Gia tri lon nhit cua ham s6 y =2sinx+1 la
1

A. —1. B. 1. C. —. D. 3.
2
Cau 77. (SGD&PT BAC NINH - 2018) Tap gia tri ciia ham s6 y =sin2x 1a:
A. [-2;2]. B. [0;2]. C. [-L1]. D. [0;1].

Cau78. (THPT CHUYEN HOANG VAN THU - HOA BINH - 2018) T4p gié tri cia ham sd y =cosx
14?

A R. B. (—o0;0]. C. [0;+00). D. [-11].
Cau79. (SGD - HA TINH - HK 2 - 2018) Goi M , m lan luot 13 gi4 tri 16n nhét va gia trj nho nhét cua
ham s6 y =2 —sin x. Khang dinh nao sau day dung?

A M=1,m=-1. B.M=2;,m=1. C.M=3;m=0. D.M=3;, m=1.
Cau 80. (THPT CHUYEN VINH PHUC - LAN 3 - 2018) Gia tri 16n nhat va gi4 tri nh6 nhit cta ham sb
y=3sin2x -5 lan luot la:

A.3;-5. B. -2; -8. C.2;-5. D.8; 2.

Ciu 81. (THPT XUAN HOA - VP - LAN 1 -2018) Khi x thay d6i trong khoang (57”;%”) thi y =sinx

14y moi gia tri thudc

A. {—1;—%) B. {—Q;o} C. [-L1]. D. {gl}

2

Ciu 82. (THPT HOA LU A - LAN 1 - 2018) Tim tap gié tri ctia ham s y = V3sinx—cosx—2.
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A 23], B.|3-3\3-1|. C.[40]. D. [-2;0]

(THPT CHU VAN AN - HKI - 2018) Tim gi4 tri nhé nhat m ciia ham s y =~/2+sin’ x .
Cau 83.

A.m=0. B. m=1. C. m=-1. D.m:\/z.
Céiu 84. (THPT NGUYEN HUE - NINH BINH - 2018) Gia tri 16n nhét, gia tri nho nhit cia ham s
y=(3-5sinx)"" 1a M, m.Khidé gidtri M +m la

A 22018 (1+24036) B 22018 C 24036 D 26054

Ciu 85. (THPT LE HOAN - THANH HOA - LAN 1 - 2018) Gi4 tri 16n nhit cua ham sd
y =3sin’ (x+%j+4 bang.
A. 7. B. 1. C.3. D. 4.

86. (THPT NGUYEN PUC THUAN - NAM PINH - LAN 1 - 2018) Xét bén ménh dé sau:
Ham s6 y =sinx c6 tp xac dinh 1a R.

Cau

(1):

(2): Ham sb y =cosx c6 tap xac dinh la R .
(3): Ham s6 y =tanx co tap gid trila R.
(4

): Ham s y =cotx c6 tap xac dinh 1a R.
Tim sb phat biéu dang.
A. 3. B. 2. C. 4. D. 1.
Cau 87. (THPT CHUYEN QUANG TRUNG - BP - LAN 1 - 2018) Tép gia tri cia ham s
y=sin2x+x/§cos2x+1 la doan [a; b]. Tinh téng T = a+b.
A. T=1. B. T=2. C.T=0. D. T=-1.

Ciu 88. (THPT PHAN PINH PHUNG - HA TINH - LAN 1 - 2018) Gia tri nho nhét ctia ham s
y=2cos’ x—sin2x+5

A N2, B. 2. C. 6-2. D. 6++2.

Dang 5.2 Bat 4n phu

Cau 89. (THPT THANH CHUONG - NGHE AN - 2018) Gia tri 16n nhat cia ham sé y = cos® x+sinx +1
béng

A. 2. BE C. 1. D.g.

4 4

Cau 90. (THPT CHU VAN AN - HKI - 2018) Goi M va m lan luot 13 gi4 tri 16n nhit va gia trj nho nhat
cua ham s0 y =cos2x+cosx. Khi d6 M +m bang bao nhiéu?

A.M+m:Z. B.M+m:§. C.M+m=2. D.M+m:2.
8 7 8 7

Cau 91. Tim gia tri nho nhét, gia tri 16n nhét cia ham s6 y =sin® x—sinx+2.

A. miny=%;maxy=4. B. miny=%;maxy=2.
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. 1
C. miny=-Iymaxy=1. D. mlny:E;maxy:Z

Dang 5.3 Ap dung bat dang thtrc dai s6

Cau92. Hamsd y=2cosx+ sin(x +%) dat gi4 tri 16n nhét 1a

A. 54242 B. 5-22. C. J5-22. D. \J5+22.

. . / 1 1 :
Cau 93. Tim gié tri I6n nhat cia ham s6 y = 1+Ecoszx +5\/5 +2sin® x
V5 B. @ = D. 1++/5.

A 1+—. C.—.
2 2

1 1
+

Ciu 94. Chohamsb y=
2—cosx l+cosx

véi x (o;gj . Két luan nao sau day la dang?

A miny=2 khi x=Z +kz ke ZT B. miny =2 khi x=
o-ﬁ] 3 3 (0_1j 3 3
(’2 2
) 2 .. 4 ) 4 . b4
C.miny=—khi x=—+k2r,keZ D. mmy:—khlx:?.

[*3) 3]

Cau 95. Gié tri 16n nhét cia ham s§ y =+/cos? x + 7sin x ++/sin> x + 7 cos x 1a

A 1447 B. —1+/7 C. 4 D. 14
Dang 6. Do thi ciia ham s6 lwong gic

Cau 96. (LOP 11 THPT NGO QUYEN HAI PHONG NAM 2018-2019) Pudng cong trong hinh dudi
day 12‘1’66 thi cua mét ham s6 trong bon ham s6 dugc li¢t ké & bon phuong an 4, B,C, D . Héi ham s6 do 1a
ham s nao?

V
|
: 01* 2 X
A. y=1-sinx B. y=cosx C. y=sinx D. y=1+sinx

Cau 97. (THPT CHUYEN QUOC HQC HUE - 2018) Cho ham s6 f'(x)=sinx+cosx c6 dd thi (C).

Trong cac ham s6 sau, ham s6 nao c6 dd thi khéong thé thu duge béng cach tinh tién do thi (C ) ?

A. y=sinx—cosx. B. y:‘\/zsinx+\/§‘. C. y=—sinx—cosx. D. y:sin(x+%j.

Cau98. (SGD THANH HOA - LAN 1 - 2018) Cho cic ménh dé sau

| £ sinx ., .. A 1%
(I) Haimso f(x)= I 1a ham s0 chan.

(1) Ham s6 f(x)=3sinx+4cosx c6 gia tri [6n nhatla 5.
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(III) Ham s6 f (x)=tanx tuan hoan véi chuki 27 .

(IV) Ham s6 f(x)=cosx dong bién trén khodng (0; 7).
Trong cac ménh dé trén c6 bao nhidu ménh dé dang?
A. 1. B. 2. C. 3. D. 4.
Cau 99. (THPT LUONG VAN TUY - NINH BINH - LAN 1 - 2018) Pudng cong trong hinh v& bén dudi

1a d6 thi ciia mot trong bén ham s6 duoc liét ké & bon phwong 4n A, B, C, D dudi day. Hoi ham sb d6 1a ham
sO nao?

.J' =

A. y=cosx+1. B. y=2-sinx. C. y=2cosx.D. y=cos’ x+1.

Céu 100. Hinh nao dudi day biéu dién d thi ham sé y = f(x) =2sin2x?
A y B. ¥ A
1 14
TANVAN: AN NANAY ~__ = | g
/ \/ “/l""’ri \,:/ \/ x’ -2n I |0 n w N
-1

X D. ¥

A NP A AN NN
JAAVAY Ly A vad VA vk Tmvar

Loi giai

Céu 101. Hinh v& nao sau ddy biéu dién d6 thi ham s6 y = cos%?

A. YA B. Ty

A ANEA A N\ e/ DN NN
ZARAVARVALVAAVEE LIPS T

C. ¥ D. 1Y
1
ST 1}/\ x s R MmN n
YZE\L/_IFJ n 2 N \_L/ 1 0 .o~ 7
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Loi giai
Céu 102. Cho d6 thi ham s6 y = cosx nhu hinh v& :

le

/\ —'.l':r /2 /1 \11:!‘2 T //\:
\J_/ _1qu ' x

Hinh v& nio sau day la do thi ham s§ y = cosx+2?

J\y
3
1 L ' I >
A a2 0| w2 = x B.
Ay
2
AT AN TAN
VPN
2 ]
C D

Hinh nao sau day 1a d6 thi ham s y = sin|x|?

Ay A y
1 11
,\ = ‘RJ’Z/-\R;‘z b /\ \/\/:VT\./\A
N0 NS w2 ({02 n x
A. B
A y-
N 1- yT/‘\
/2 1 T e
w2 002w x N . L >
n / - 1 O w2 v Y
C. ) D.

Céu 104. Hinh nao sau day 1a d6 thi ham s6 y = [sin x|?
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Jky

AN IINR 2 N
o7

Y

1 y
\ I [l /} %
e PaNET S
X
C.

Phin B. LOI GIAI THAM KHAO
Dang 1. Tap x4c dinh ciia ham s6 lwong giac
Caul. ChonB

A N , . T
bicu kién xac dinh: cosx #0 < x # E+ kr

Vay tap x4c dinh: D = R\{%+ kz,k e Z} .

Cau2. ChonC

Ham s xéc dinh khi va chi khi 1—-cosx#0 < cosx#1 < x#k2zvoi keZ .
Cau3. ChonC

Ham sb xac dinh khi: sinx = 0 < x = k.

Vay D=R\{kr,keZ}
Ciud. sinxz0ox#kn(keZ).

Cau5. Hamsd y=cotx xac dinh khi sinx #0 < x # kz,k € Z nén c6 tap xac dinh 1a ]R\{k;z,k € Z} )
Ham sé y =sinx xéc dinh véi moi x nén tip xac dinh 1a R .

Ham s6 y =cosx xac dinh voi moi x nén tap xac dinh 1a R.

2 . . T A in T \
Ham s6 y=tanx xac dinh khi cosx #0 < x # E+ kr,k € 7 nén tap xac dinh 1a

R\{%+k7z,keZ}.

Cau 6. ChonD
Tacod —1<sinx <1, VxeR. Do d6 sinx—2#0, VxeR. Vay tdp xac dinh D =R
Cau7. ChonC

(k,leZ) =>x#knkel.

x#127

A yen Y e . 4. |sinx#0 x#kr
bicu kién xac dinh ctia ham so la &
cosx #1

A A ;g , \ £ cotx
Vay, tap xéac dinh cia ham s6 y =

la R\{kﬁ,keZ}.

cosx—1

Cau8. Chon C.

Téng hop: Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong 17




CAC DANG TOAN THUONG GAP

DT:0946798489

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.
Cau 15.

Cau 16.

Cau 17.

+)Diéu kién:sinx # 0 < x # kx,k € Z, suy ra tap xac dinh cua ham $6 y=cotx la

D:R\{kﬁ,keZ}.
Chon B

y=+2+2cosx dugc xac dinh < 2+2cosx >0 <> cosx >—1(luén dung voi Vx € R).

Vay tap xac dinh cia ham sb y=~2+2cosx la R.
R A . T
biéu kién smx—cosx;t0<:>tanx¢1<:>x;tz+k7r

Chon B

A “A , . ” . e T T T
Piéu kién xac dinh ctia ham so: cos2x¢0<:>2x¢5+k7z©x;tz+k3, kel.

Vay tap x4c dinh ctia ham sb 12 D :R\{%+k%,keZ}.

Chon D

l—cosx ..
la

bicu kién xac dinh cia ham s6 y =—
sinx—1

sinx—120 <sinx#1 <:>x¢§+k27z(keZ).

Vay tap x4c dinh ctia ham sb 1a R\ {% + k272'} .

Chon D

;tkn
sin2x#0 * N

Ham s6 x4c dinh khi{ @xikg(keZ)

cosx =0 T
x¢5+kn

Ham s6 y =2sinx c6 tip xac dinh 1a R .
Ham s6 d3 cho xac dinh khi va chi khi

sinx—cosx¢0c>sin(x—%j¢0<:>x¢%+k7z,(keZ).

T T T
2x#—+kr X+ —+k—
P . |cos2x#0 2 4 2
Ham s0 xac dinh khi & & kel
cosx#0 V4 V4
x¢3+k7r x¢3+k7r

Vay tap x4c dinh 1a: D:R\{%w%;%wﬁ},k e7.

Céac ménh dé dung 1a:
(1) Him s6 y =sinx co tap xac dinh1a R .

(2) Ham sb y =cosx co tap xac dinh1a R .

(3) Ham sd y =tanx co tap xac dinh 1a D=R\{%+kﬂ|ke2}.
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Ciu18. Hamsb y=—tanx xac dinh khi: x¢%+kﬂ', kelZ.
Vay tap x4c dinh ctia ham sb lé:D:R\{%Hm,keZ}.
Cau 19. Hémséxécdinhkhicosx¢0©x¢%+k7z,keZ.

R , ) l-sinx=0
Cau20. Taco: —1<sinx<1= ) .
I+sinx>0

Ham s x4c dinh khi 1+sinx # 0 <> sinx # —1 @x#—%+k27z, keZ.

Vay tap x4c dinh ctia ham sb la: D = R\{—%+ k2m;k Z}.

sinx#0 T
<:>x¢k3,keZ.

Cau 21. Diéu kién:
cosx#0

Ciu22. Hamsé y=cot2x xac dinh khi 2x # k7 < x # %”

Cau 23. Dk: cosx+1=0 :>cosx¢—1:>x¢7r+k27z,(keZ)

TXD: D:R\{ﬂ'+k27z,keZ}

Cau24. Ham sb da cho xéc dinh <:>sin2x¢0<:>2x¢k7r<:>x¢k% (keZ).
Vay tap x4c dinh ctia ham sb di cho 1a D = R\{k%, ke Z}.

Cau 25. Ham s yztan(Zx—%j xac dinh khi va chi khi cos(Zx—%j;tOc>2x—%¢%+kﬂ.

3z krx
Suyra x#—+—.

8 2
NP e As 3r krx
Vay tap xac dinh cia ham so la D =R\ ?+7,keZ .

cosx#0 x#zZikn
Ciu26. Hamsd y= xéc dinh khi: = 2 kel.
cosx—1 cosx—1#0
x#k2rx

Vay tap x4c dinh la: D = R\{%+ km; k2 k e Z}.
Cau 27. Ham sd xéc dinh:

T T T )
= cos(acosx}to = Ecosx¢3+k7r S cosx#1+2k © cosx =+l < sinx#0

= x;tk;z(keZ).
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Chu28. Hamsb y= tan(Zx + %j xéc dinh khi va chi khi

Cos(2x+%j¢0 <:>2x+§¢§+k7r <:>x¢£+k£(keZ).

Cau29. Hamsd y= tan'x—l +cos(x+£j xac dinh khi:
sin x 3
sinx #0 . krx
Ssin2xz20 2x2krnox+—, (kelZ).
cosx#0 2
B
. s ... |cosx#0 . mr
Cau 30. Diéu kién & ,mner.
tanx—1+#0 V4
Xiz‘l'l’lﬂ'

Vay Tap xac dinh D = R\{%+mﬂ;%+nﬂ; m,n e Z}.

N cosx =0
Cau 31. Dieéu kién xac dinh: 1
sinx =0

Cau32. Dipan A

Ham s6 d3 cho xac dinh khi cos3x. cos(x—%j.cos()ﬁgj #0

n km [ n kn
cos3x¢0<:>x¢g+? X% — 4=

& | cos x—E ¢0c>x—£¢£+kn<:> x;ts—n+kn,keZ
3 3 2 6

T
cos| S4x|#0 Sixtmthn | XE kT
3 3 2 6

Cau33. Papan B.

B 5sin2x+3+ cos’x +5

Ham s6 f(x) : xé4c dinh khi
12sinx COS X
) T
sinx =0 #—+k
* & o 2 n;keZ@x;ﬁE,keZ.
cosx =0 2
x#km

Cau34. Papan A.

x¢—£+k2n
PK: 2sinx+1=0<sinx #——# 6

x¢7—6n+k2n

Tap x4c dinh D :R\{—§+k2n;’%+k2n|ke Z}.

Cau3s. Papan A

esin2x 20 x#k=(keZ).
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Cau 36.

Cau 37.

Cau 38.

Cau 39.

Tacdo —1<cos2x<1 nén 5-3cos2x>0,VxeR.

1+ sin(Zx—Ej
2

Ham sb d cho xéc dinh <> 1+ sin(2x —gj £0

Mat khéc >0.

A. c>sin(2x—gj¢—1<:>2x—g¢—g+k2nc>x¢kn,keZ.

Tap xac dinh D:]R\{kn,k eZ}.
Papan B.
1+ cosx

Vi-1<cosx<lnénl+cosx=>0val-cosx=>20= >0.

1—cosx

sin(x+£j¢0 x+£¢kn
6 & 6

Ham s6 xéc dinh < keZ.

l—cosx#0 x#k2m
Tap x4c dinh ciia ham sé 1a R\ {—g +kmk2m |k e Z} .

Papan A.
Vi -1<sinx<1 neen 2+sinx>0,VxeR.

2+sinx >0 vt + X kn
{tanx;til

Ham sb xac dinh < {tan’x-1#0 <
cosx#0

T
cosx =0 x¢5+kn

Vay D:R\{i§+kn,g+kn,k62}.

Papan D.

cot’x+1#0

Ham s6 x4c dinh khi cosg + 2xj £0

sinx # 0
T iox#Ztkn Xx#E ik
<143 2 = 12 2,keZ.
xzkm x#kn

Vay tap x4c dinh ctia ham s§ 1a D =R\ {%+ kg,kn,k e z} .

Dang 2. Tinh tudn hoan ciia ham s6 lwong giac

Chon C

Ham s6 y =tanx, y =cotx 1a ham s6 tuan hoan véichuky 7 =7 .
\ A . 1 A A \ . . 27

Ham s0 y =sin2x la ham s6 tuan hoan véi chuky 7 = EY =7.

Ham s6 y = cosx la ham so0 tuan hoan véichuky 7'=2x.

= keZ.
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Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.
Cau 48.

Cau 49.

Chu ki cia ham sb T:zT”:M.

;
Ham s6 y =sinx tudn hoan c6 chuky1a 27 .

(] Tacod ham s6 y =tanx cé tap xac dinh 1a R\{%-f-kﬂ, ke Z} va ham s6 y =cotx co tap xac
dinh 1a R\{krx, k € Z} nén c4 hai ham s6 nay déu khong théa yéu cau.

[ Xétham s6 y=sin2x: Tacé sin2(x+kx)=sin(2x+k27)=sin2x, VxeR, keZ.

) Ham s§ y =sinx 12 ham sb tudn hoan véi chu ky 27 nén khong thoa yéu cau.

Do ham sb y =cosx tudn hoan v&i chu ky 27 nén ham sé (1) y =cos2x tudn hoan chu ky 7.

Ham s6 (2) y =sinx tuan hoan véi chu ky 27 .

Do ham s6 y =tanx tudn hoan v&i chu ky 7 nén ham s (3) y =tan2x tuan hoan chu ky % :

Do ham s6 y =cot x tudn hoan v&i chu ky 7 nén ham sé (4) y =cot4x tuan hoan chu ky %

Do ham s6 y =cosx tudn hoan v6i chu ky 27 nén ham sb (1) y =cos2x tuan hoan chu ky 7.

Ham sb (2) y =sinx tudn hoan véi chu ky 27 .

\ ,( A \ L N A 1n £ A \ . T
Do ham s6 y =tanx tuan hoan vgi chu ky 7 nén ham s6 (3) y =tan2x tuan hoan chu ky —.

\ A A \ e . A \ A A \ . T
Do ham s6 y =cot x tuan hoan vdi chu ky 7 nén ham s6 (4) y =cot4x tuan hoan chu ky —.

Chu ky ciia sin= 1a T =27 — 47 va Chu ky ciia cos> 1a T, = 2% = 2%
2 1 2 33
2 2

Chu ki ctia ham ban d4u 12 boi chung nho nhat ctia hai chu ki 7;va 7, vira tim dugc & trén.
Chu ki cia ham ban dau 7 =4x

Dang 3. Tinh chin, 1é ciia ham s6 lwong giac

Chon B

TXD: D=R, VxeR=>-xeR

Va y(—x) :|sin(—x)‘ :‘—sinx‘ :‘sinx‘ = y(x)

Vay ham s6 trén 1 ham s6 chin

Ham s6 y =cosx la ham so chan, ham s0 y=sinx, y=cotx, y =tanx la cdc ham so 1¢.
Ta c6 cac két qua sau:

+Ham s6 y =cosx 1a ham s chin.

+Ham s6 y =cotx 1a ham sd 1é.

+Ham s6 y =sinx 13 ham sé 1é.
+Ham s6 y =tanx 1a ham sb lé.

Xétham y =cosx.

TXD: D=R.

Khid6o Vxe D= -xeD.
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Cau 50.
Cau 51.

Cau 52.

Cau 53.

Cau 54.

Cau 55.

Cau 56.

Cau 57.

Taco f(—x)=cos(-x)=cosx=f(x).

Vay y=cosx la ham sb chin.

B sai vi ham s6 y = cos x 13 ham s6 chin.

Xétham sé y = f(x)=sin|2016x|+cos2017x . Tép xdc dinh. D =RR.

Véimoi xeD,taco —xeD.

Taco f(—x)=sin|-2016x|+cos(—2017x) =sin|2016x|+cos 2017x = f (x).

Vay f(x) la ham sb chan.

Cachamsd y = f(x)=tan’3x; y= f(x)=cos3x théa man diéukién f(-x)=f(x),VxeR

nén no 1a cac ham sé chn trén cac tap $6 thue. Do do, dd thi nhan tryc tung lam tryc déi xung.
\ Z , Ao . 5
Ham s y = f(x)=x"+5x—2 co tryc doi xtng 1a x ==

A A 1 1s £ 1 khi x<0 n . IO
Vay d6 thi ham so y = f(x) = cosx Khi x50 khong c6 truc d6i xtimg.

Chon A.

Vi .céc kién thirc vé tinh chin 1¢ ctia hsd lwong giac co ban ta co thé chon ludnA.

Xét A: Do tap xdc dinh D=R nén Vxe R=> -xeR.

Tacod f(—x)=-2cos(—x)=-2cosx=f(x). VAy ham s0 y =-2cosx 1a ham so chén.

Chon B.

Tap x4c dinh D=R.

Taco VxeD=-xeD

Fen) =S osindx oy vayham sb da cho I3 ham sb 16
2cos(—x)-3 2cosx-3 '

Chon D.

Tacod y= cos(2x+%j+sin(2x—%j =L(c052x—sin 2x)+i(sin 2x—cos2x)=0.

V2 V2
Ta c6 tap xac dinh D=R.
Ham sb y =0 vtra thoa man tinh chét cua ham sd chin, vira thda man tinh cht caa ham sb 18, nén
day 14 ham sd vira chan vira 1¢.
Chon D.
a, Xétham so f(x) =ﬁ+3sin2 x ¢0 thp xac dinh la D=R\{3}.

Tacd x=-3 €D nhung —x =3¢ D nén D khong c6 tinh dbi xtmg. Do d6 ta c6 két luan ham s6
f(x) khong chén khong 1.

b, Xétham s6 g(x)=sinv/I—-x 6 tp x4c dinh 1a D, =[1;+00). D& thdy D, khong phai 1a tap
d6i xtg nén ta két luan ham s g(x) khong chin khong 1é.

Vaychon D.

Chon C.

Ham s6 ¢ tap xac dinh D=R.

Taco f(—x)=sin*7(—x)+cos(—nx)=—sin®®" x+cosnx = £ f(x).
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Cau 58.

Cau 59.
Chon

Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Vay ham s6 dd cho khong chin khong 1é.
Chon B.

Ham s6 d4 xac dinh khi cosx #0 < x = g +km, k € Z. Vay phat biéu 1 sai.

O day ta can cht y : cac phat biéu 2; 3; 4; 5; 6 dé xac dinh tinh dung sai ta chi can di xét tinh chin
1é ciia ham s di cho.

Ta c6 tap xéac dinh ctia ham s trén 1a D=R\ {g +kn|ke Z} 1a tap ddi xung.

sin®" (—x)+2004 _ sin®®*" x +2004

cos(—x) COSX

f(=x)= = f(%).

Vay ham s6 da cho 12 ham sb chin. Suy ra d6 thi ham sé dbi xtmg qua truc Oy. Vay chi c¢6 phat
biéu 2 va 3 1a phat biéu ding. Tir diy tachon  B.

B.
Ham sb da cho xé4c dinh trén tap D =R nén ta loai A.
Tiép theo dé xét tinh ddi ximg ctia d6 thi ham sd ta xét tinh chén 1¢ cia ham sb da cho.

f(=x) =|-x|sin(—x) =—|x|sinx =—f(x). VAy dd thi ham s6 d6i xtmg qua gdc toa do O. Vay ta

chon dép anB.
Chon C.
Cach 1:

TXD: D=R. Suyra Vxe D= -xeD.
Tacé f(—x)=3msind(—x)+cos2(—x)=-3msin4x +cos2x.

Pé ham sb di cho 13 ham chén thi

f(=x)=f(x),Vx € D & —3msin4x + cos2x = 3msindx +cos 2x,Vx € D
< 4dmsindx=0,Vxe D < m=0.

Dang 4. Tinh don diéu ciia ham s6 lwong gidc

(£+k27z;3—ﬂ+k27zj, kel.
2 2

Trén khoang (O; %j thi ham s& y = tan x dong bién.

M¢nh dé A sai vi ham s6 y =sinx tuan hoan véichuky 7'=2x.
M¢énh dé C sai vi ham s6 y =sinx 1a ham so 1¢€.

Ménh d& D sai vi ham s6 y =sinx khong c6 tiém can ngang.
Ménh dé B dang vi ham s y =sin x dong bién trén khoang (%+ k27z;% + k27zj .

Dua vao dinh nghia duong tron lugng giac ta thdy ham sb luong giac co ban y =sinx dong bién
& goc phan tu thir nhat va goc phan tu thir tu.

D@ thiy khoéang (777[,977[) 1a phan thudc goc phan tu thi tu va thir nhat nén ham sé dong bién.
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Ciu 65. Dap an B diing: Him s6 y =sinx dong bién trén (0;%).
Dép 4n A sai do y =sinx tuan hoan chukila 7 =27.
Dap an C sai do y =sinx 1a ham sb 1é.

Pap an D sai do ham s6 y =sinx khong co6 tiém can ngang.

N -
sStnx
m | o7
T 27
CcOSXT i
3m
2
Cau 66.
, \ \ ‘s A \ J . A <A A ) 3n Sm
Quan sat duong tron lugng giac, ta thay ham s6 y =sinx dong bién trén khoang 7; >

Céiu 67. Hamsd y=tanx tudn hoan voichuki 7 = dap 4n A sai.
Ham s y =cosx tudn hoan véi chu ki 27 = dép an B sai.
Ham sb y = cotx nghich bién trén mdi khoang (kz;7+kx), k€ Z = dép 4n D sai.

Cau 68. Chon A.
Ciach 1: Tir 1y thuyét vé cac ham sb luong gidc co ban & trén ta c6 ham sd y = sin x nghich bién

trén khoang (—n;—gj va dong bién trén khoang (—g; OJ.

Cau 69. Chon B.
Theo 1y thuyét ta c6 ham sd y = cosx ddng bién trén mdi khoang (—n + k2, an),k eZ va
nghich bién trén khoang (an; T+ k27t),k e Z. Tir day ta c6 v6i k=0ham sb y=cosx dong
bién trén khoang (—n;O)Vé nghich bién trén khoang (O; n).
Tiép theo ta dén v6i ham s6 y=tannx;(neZ),...Ta co vi du 3.

Cau 70. Chon A.

Tép xéc dinh cta ham sé dd cho 1a D=R\ {% kg ke z}.
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1 X . i N , \ X g ar
Ham s0 y =tan2x tuan hoan véi chu ki > dua vao cac phuong an A; B; C; D thi ta s€ xét tinh

4

Dua theo két qua khao sat sy bién thién ctia ham sb y=tanx & phan Iy thuyét ta c6 thé suy ra voi

don diéu ctia ham sb trén (O;gj \ {E}

ham s y =tan2x dong bién trén khoang (0;%} va (E;Ej.

Cau71. Chen D.
Ham s6 d4 cho tuan hoan v&i chu ky 27 va két hop vé6i cac phuong an dé bai thi ta s& xét sy bién
A 5 | A oA n_ 37
thién cua ham so6 trén {—E,?}

Tacoé ham sd y=sinx:

* Pong bién trén khoang [—

(NORIP
|w |3

)
3

Tir day suy ra ham s6 y=1-sinx:

* Nghich bién trén khoang (

N3

* Nghich bién trén khoang (—g; gj

* Pong bién trén khoang (g, %j . Tt day ta chon D.

Dudi day la do thi cia ham s6 y=1-sinx va ham s6 y=sinxtrén R.
4
¥=1-simnx

5 1 3n

2 L2

- T LA
2 2

= sinx

R

Cau 72. Chon B.

Taco y=sinx—cosx = ZSin(x—gj.

Tir day ta co thé loai dap an C, do tap gia tri ciia ham s6 1a [—\/5 ; \/5 }
Ham s d3 cho tuan hoan véi chu ky 2n do vay ta xét sy bién thién ctia ham sd trén doan

_n.im
4" 4 |

Ta co:

* Ham s6 dong bién trén khoang (—%; %)
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* Ham s6 nghich bién trén khoang (%, 77:) . Tur day ta chon A.

Cau 73. Chon B.
Véi A ta théy ham s6 y = tan x khong xac dinh tai moi diém xeR nén ton tai cac diém lam

Ay

-3x ~IT

cho ham sé bi gian doan nén ham sb khong thé luén ting.
V6i B ta thdy B diing vi ham s6 y = tan x ddng bién trén mdi khoang (—g + kn;g + knj,k €.

Tu day loai C va D.
Cau 74. Chon B.

. . 3n
Nhu bai toan xét xem ham s6 tdng hay giam. Ta lay X, <X, € (n;;j

1 1 sinx, —sinx
Luc nay ta co £(x,)—f(x,)=—— —— ———
sinx, sinX. sinx, sinx,

, R . . . .
Ta thiy X, <X, e[n;?j thi SInX, >sinx, =sinx, —sinx, >0

SINN, SN, g f(x,) <£(x,). Vay y = —
Sinx, sinx, sinx

0>smx, >sinx, = 12 ham ting.

1

COS X

Tuong tytacod y = la ham giam. Vay I sai, II dung.

Cau75. Chon B.
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£ A

; . . . T ;
Ta dugc do thi nhu hinh v€ trén. Ta thay ham s6 y = ‘tanx‘ nghich bién trén (_E;Oj va dong

. T
bién trén (O;EJ . Nén ta loai A vaD.

Vi B taco f(-x)=tan(—x)| =|tan x| = f(x) =>ham s6 y=|tanx| 1a ham s6 chin.
Vi C ta thiy d6 thi ham sé da cho khong dbi xtimg qua gdc toa do, tir day ta chon B.
Dang 5. Tap gia tri, MIN_MAX cita ham s6 lwrong gidc

Dang 5.1 Bién d6i thong thuong, sir dung bét dang thirc co ban ctia sin, cos
Cau 76. Chon D.
Vi sinx<1, VxeR nén y=2sinx+1<3, VxeR.

=3 khi sinx=1<:>x=%+k27r, (keZ).

Vay gia tri lon nhat cua ham s6 y =2sinx+11la 3.
Cau77. Taco —1<sin2x<1,VxeR.
Vay tap gia tri cia ham s6 da cho 1a [-1;1] .
Cau78. V6i VxeR, taco cosxe[-11].
Tép gié tri clia ham s6 y =cosx 1a [-1;1].
Cau79. Tacod: —-1<sinx<Il, VxeR
Suyra: 1<2-sinx <3, VxeR hay 1<y <3, VxeR.
Vay M =3 vam=1.
Cau80. Tacd —1<sin2x<1=-8<3sin2x-5<-2=-8<y<-2.
Vay gia tri 10n nhat va gia tri nho nhét ctia ham sb 1an lugt 1a —2;—8.
Sz 37

CAiu 81. v Trong nira khoang (T, 7} :

. z . .. A . RY/4 . . Sz . 2
Ham s6 y =sinx giam nén sm?Ssmx<smT:>—ISsmx<—7.

3ﬂ_7ﬂj.
4

v' Trong nira khoang [7,— :
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Cau 82.

Cau 83.

Cau 84.

Cau 85.

Cau 86.

Cau 87.

Cau 88.

\ A . < N 2 . I )
Ham s6 y =sinx tdng nén smTSsmx<smT:>—1£smx<—7.

T

v Vay khi x thay doi trong khoang (ST”’T) thi y=sinx liy moi gia tri thudc {—1;—7 .

Xeét y=\/§sinx—cosx—2 =Z(Sinx.cos%—cosx.sin%j—Z =2sin(x—%j—2

Ta ¢6 —lﬁsin(x—%Jﬁl:>—4S2$in(x—%)—2SO = -4<p<0 véimoi xR

Vay tap gia tri ctia ham sd 1a [—4; O].
Tacod —1<sinx <1< 1<+/2+sin’x </3.

Do d6 gi tri nho nhat ctia ham s6 1a: m=1.

Dau “="xay ra khi sinx = -1 hay x=—%+k27r, kelZ.

Vi -2<3-5sinx<8 nénsuyra 0<(3—5sinx)"" <8 =2%%

Do d6 m=0 va M =2°*,

Vay M +m=2""

Ta c6 sin® (x+£j£l:>3sin2 (x+£j£3:>3sin2 (x+£j+4£7.
12 12 12

Vay gié tri 1n nhat cta ham s bang 7.

D@ thdy cac phat biéu (1);(2);(3) dung.

COS X

Xét (4): y=cotx= = DKXD: sinx #0 = x#kr = D=R\{kr;k € Z}.

S x

y:sin2x+\/§cos2x+1:2sin(2x+%)+l
. T . ) V4

Do sm(2x+§je[—l;l]nen 2sm(2x+§j+le[—l;3].

Vay —1< y<3.(Tathdy y=-1 khi sin(2x+%)=—l,y=3 khi sin(2x+%j:1).sss
, 2 . . /4

Tacd y=2cos” x—sin2x+5 =cos2x—sin2x+6 :x/zcos(2x+zj+6.

Do —ﬁéﬁcos(bﬁ%)é 2 nén —\/5+6S\/5cos(2x+%j+6£\/§+6.

Vay gia tri nho nhit ctia ham s6 y =2cos’ x—sin2x+5 1a 6-+/2.

Dang 5.2 Pat an phu

Cau 89.

y=cos’ x+sinx+1=—sin’ x+sinx+2.
bat t =sinx,—1<¢<1.
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Cau 90.

Cau 91.

Khi d6 bai toan tré thanh tim gid tri 16n nhét ciia ham s6 y =—> +¢+2 trén doan [-1;1].
LY 1 9
Tung d¢ dinh cua parabol y =— > +5 +2= 7 la gia tri 16n nhat cua ham s6 da cho dat dugc

. 1
tar t =—.
2

:>yS\/5+2\/§:>ymaX =V5+22.

y=cos2x+cosx. TXD: D=R.
y=c082x+cosx =2cos’+cosx—1.
bat: t=cosx, te[-11].
f(t)=20+1-1.

D6 thi ctia ham s6 £ 1a parabol ¢6 dinh 7 (—i;—%) .

BBT:
1
-1 4 1
0 2
Iy
8
Dua vao BBT ta c6: M:r[rlla}l)];f(t):2, m=r[rlli{]1f(t)=—§.
. 7
Vay M +m =§'
Chogn A.
bit sinx=u; u e[-1;1]
Xétham sé: y =u’ —u+2trén [-1;1].
Taco: 2=te [-1;1]. Tir day c6 bang bién thién
2a 2
i —1 1 1
2
4 2
1 \ /
T
4

, 7
Takétluan: min f(#)=—va maxy=4<u=-1.
© [ f( ) 4 [-1:1] d

. 7 . 1 .
Hay m1ny=Z<:>smx:5 va max y=4<sinx=—1.
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Dang 5.3 Ap dung bat dang thtrc dai s6
Cau92. ChonD

Tacod y:2c0sx+sin(x+§j:2cosx+x/§(sinx+cosx):(2+\/§)cosx+ 2sinx.
Ap dung bét dang thirc Bunhiacopski ta ¢6

2
yzz[(2+\/5)cosx+ 25inx} S[(2+\/§)2+(\/§)2}.[C082x+sin2x}:5+2\/§

Cau 93.
Ddp dan B Chon B.

1 1 ; 1 1 .
Tacod y= ,f1+Ecoszx +§\/5+2sm2 XS y= \/1+Ecos2x +\/%+Esm2 x

. s . 1 5 1.
Ap dung bat dang thirc Bunyakopvsky cho 4 so: 1; 1; \/l+5coszx ;\/Z+551n2 X taco:

1 5 1 1 5 1 o 1 V22
1., 1+—=cos’x +1.,|=+—sin’ S\/12+12.\/l+— os’x+=+—sin’ x =2, |-+ — =12
\/2(3x\/42’C VAT T 421 2
J22

Ha <——
yy >

L | 1.
Dau bang xay ra khi 1+5cos2x=%+Esm2xc>x=i%+k7r,keZ

Cau 94. Chon D.

Cach 1:Tathéy 2—cosx>0,VxeR va l+cosx>0,Vxe 0;Z . Suy ra ! va !
2 2—cosx 1+cosx

13 hai s6 duong. Ap dung vit dang thirc AM- GM cho hai sé duong ta co
1 1 2
+ >
2—cosx l+cosx \/(2—cosx)(1+cosx)
Mit khac tiép tuc ap dung bt dang thie AM-GM ta cd
< 2—cosx+1l+cosx 3

\/(2—cosx)(1+cosx)_ 5 =3

=>y2 2 >
\/(2—cosx)(1+cosx)
Cau 95. DPap an C.

Ta co y2S(12+12)(coszx+7sin2x+sin2x+7coszx) < y*<2(1+7)=16= y <4 . Dau bang

[SSHIN N

. k . , ,
xay ra khi x = %+7”, k € Z. Vay gia tri 16n nhat ciia ham s6 1a 4.

Dang 6. D6 thi ciia ham s6 lwgng gidc
Cau 96. Chon B

+ Chon x =1 nhin vao dd thi ta duoc y=-1.Thay x=mnvao lan lugt cac phuong én ta loai C va
D
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Cau 97.

Cau 98.

Cau 99.

+ Chon X = 3n nhin vao db thi ta dugc y=0. Thay x= 37% vao phuong an A ta nhan dugc y=2

= loaiAnéndapanla B.

Ta c6 m%x(sinx+cosx) =2=M, miﬂg(sinx+cosx) =—J2=m, M—m=22. Vi phép tinh
tién khong lam thay d6i khoang cach giira gia tri 1on nhat va gia tri nho nhat nén chon dap an D
(chénh 1éch giira gia tri 16n nhat va gia tri nho nhat bang 2).

sin x

X 4+1

* Xéthamsé f(x)=

Tap xac dinh: D=R.
) . sin(—x)
VxeD,taco: —xeD va f(—x)= ==
(—x) +1  x +1

Vay ham s6 [ (x)= Sinxl la ham s6 1¢.
X+

Do d6 () sai.
* Xétham s6 f(x)=3sinx+4cosx.

Tap xadc dinh: D=R.

Taco: f(x)=3sinx+4cosx =5(%sinx+%cosxj
.. 3 4 , .
Pt sma:§, cosa:§.Taco f(x):Ssm(x+a)£|5|

= maxf(x)=5 khi sin(x+a):1©x:%—a+k27r, (keZ).

Vay ham s f(x) =3sinx+4cosx co gia tri [én nhatla 5.

Do d6 (1) ding.

* Xét ham s6 f(x) =tanx. Ta c6 ham s6 f(x) tudn hoan véi chu ki 7.

Do d6 (/1) sai.

* Xétham s6 f(x)=cosx.Tacd f(x) nghich bién trén mdi khoang (k27; 7 +k2x) véi ke Z.
Do d6 (V) sai.

Vay trong bon ménh d& di cho c6 mot ménh d& ding.

Do d6 thi di qua ba diém (-7;0), (0;2), (7;0) nén chon phuong an A

Cau 100.
Chon C.
Ta thdy —2 < 2sin2x <2 nén ta c6 loai A va B.
Tiép theo voi C va D ta co:

5 . L ) 2
Tur phan 1y thuyét ¢ trén ta c6 ham s6 tuan hoan voi chu ki E =7.
Ta thiy voi x=0 thi y =0 nén do thi ham s6 di qua gbc toa do. Tir day ta chon dap an C.

Cau 101.
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Chon D

Ta thay—1< cosg <1 néntaloai B.

£ 21 ,( X VA T
Tiep theo ta co ham s6 y = COSE c6 chu ki tuan hoan la 7 =—=4r.

[\

Tathdy v6i x=0 thi y= cosg =cos0=1 néntachon D.

Cau 102. Chgn A
Ta thuc hién phép tinh tién dd thi ham sb y=cosx trén truc Oy lén trén 2 don vi (xem lai so dd
bién d6i do thi co ban & bén trén).
Cau 103. Chgn C
Suy dién dd thi ham s6 y =sin | x| tir 6 thi ham s6 y =sinx:
Giir nguyén phan do thi ctia ham s6 y = sin x nam bén phai truc Oy.
Lay dbi xtmg phan d6 thi trén qua truc Oy.
Duéi ddy 1a d6 thi ta thu duoc sau khi thuc hién cac budc suy dién & trén. Phan do thi nét dut 1a
phan bo di cua db thi ham sé y =sin x.

Cau 104. Chon B.

Cach 1: Suy dién do thi ham s6 y =|sin x| tur d6 thi ham s6 y =sinx:

Giit nguyén phan tir tir truc hoanh tré 1én ciia d0 thi y =sin x.

Lay d6i xtmg phan d6 thi ctia ham s6 y =sinx phia dudi truc hoanh qua truc hoanh.
\ Y

Cich 2: Ta thay |sinx [> 0, Vx nén dd thi ham s y =|sin x| hoan toan nam trén truc Ox.
Tu day ta chon B.
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TOAN 11

PHUONG TRINH LUQNG GIAC CO BAN

BAI 2
Muc luc
Dang 1. PHUONE tTINR SINMXTA...eeutiiiiriieiiieeer ettt e e e s e n e e et e s resb e e e s n e s anesnesaeenesreemnenne s 1
Dang 1.1 Khong c6 didU Kidn DRI .........c.eveevececieeeeeeeeeeeeeeseeeseessesteesssssessesssessessessessesses e ssesssssessesses s ssesssssessenes 1
Dang 1.2 CO @80 KIGN NERIBIM .........v.veeeeeeeeeeeeeeeeeeees e ee e e seess e s s s s e s sses s eseees 3
Dang 2. PhUONEZ NN COSXTAuiiuuiiiiiiiiiitiiieeenieesiee sttt s steesteeesiteesbeesstteesabeesssseessseesssseesssessssessnssesssseessssessssesssseessseesnses 6
Dang 2.1 Khong c6 didu Kidn DRI ...........oveveeecveeieeeeesieeeseesee e sseessessesses s ssessesssssesses s ssessssssssesses s sssssesssessenes 6
Dang 2.2 C6 diéu kién 1174 011514 DO OO P U STUUUPTUPPRTRRRUSRURON 8
Dang 3. PhuronNg trINN TANXTA ...ccvevviieiieieeieeieesiesteetessteesteesaesseeestessseesseesseesseesssesssasssesssessssessssensesssesssesssessseessessnsesnns 10
Dang 2.1 Khong c6 diéu KB NERIGII ..........cuveeeieeeeeeeeeeeeee e e sees e ees s s s sse s sse s sse s ssesssssessesesessssenesseas 10
Dang 2.2 CO @80 KIN NERIBIM .........veveeeeeeeeeeeeeeeeee et ees s e se s s s e e s s sen s 11
Dang 4. PRUONE tTINN COLXTA ...eoviiriiiiiiiiee sttt sttt st r e sh et s bt e e e s e e eme e nesreemnennesreennene 12
Dang 2.1 Khong c6 didu Kidn DRI .........c.evueeceeeveeeeeceeese ettt sses s ss s s sse s sses s sses s s sesssessassaeneas 12
Dang 2.2 C6 diéu kién 074 01153 1o PR SSPT 12
Dang 5. Mot SO DAL tOAN tONE NOP w...vrveeereeeeeeeeeeeeeeeeee e s s s s eseese s e s e seesssssesssseseeneans 12
Dang 1. PRUONE tTINN SINMXTA...eetiiiiieriieieie ettt sttt et e s r e s bt e e e s reese e bt sme e nesreemeesresseennene 15
Dang 1.1 Khong c6 didu Kidn DRI .........c.eveeeceecveeeeeeeeese et seeeseesesses s s st s ssesses s sss s ssesssssesseesses s saeseas 15
Dang 1.2 C6 diéu kién 1174011514 DO OSSRV PUPTOPPRO 15
Dang 2. PRUONE trINN COSXTa..ccuuiiiiiriiirieereeieeiteeiteesteesteesteestesseesseesseesseessessssssssesssesssesssessssssssesnsessseessesssessesssessssesnns 21
Dang 2.1 Khong c6 diéu KB NERIGIL ..........ov.veeeeeeeeeeeeeeee e s s e ees s esesseese s sse s ese s ssessesses s sssssesseneeneas 21
Dang 2.2 C6 diéu kién 1174011514 DO OOV SRR 22
Dang 3. PRUONE tTINI TANXTA ..cocuiirieeiiiiiee ettt st et et e b sbe e e s bt e e e sr e emeenesreemnesnesreennene 24
Dang 2.1 Khong c6 18U KI&N DRI .........cv.oveeeeveeeeeeeeeeee et sees e sesssess s ssssssssessssssss s ssssssssenssssssssssasseas 24
Dang 2.2 C6 diéu kién 074 01153 1 o PSSP 25
Dang 4. PRUONE trINN COLXTa ..eevuuiiiiiiiiirieeieeieestesteesteesteesteesaeseeessteesteesseesseesseesssssssesssesssessssssnssensessseessesssessesssessnsesnns 26
Dang 2.1 Khong c6 didu Kidn DRI .........c..cveeeceeieeeeeceeeseeeeeeee e seeseesses s s ss s s s ss st ssssss s s s sessaes s sssasneas 26
Dang 2.2 C6 diéu kién 1174 011514 DO OO OOV PUPOPP 27
Dang 5. MOt SO DAL tOAN LONZ 0P «..vvvevereeeceeseeeecieeeeeees s sesees s ssesees s sssssss s ssesssssssssssessessasssssssssssssnsessassassassasseaes 27

Dang 1. Phuong trinh sinx=a
Dang 1.1 Khéng c6 diéu kién nghiém
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Caul. (PE15LOVE BOOK NAM 2018-2019) Nghiém cta phuong trinh sin% =11a

A . x=r+kdr,keZ. B.x=k2r,keZ. C.x=rn+k2r,keZ. D. x:§+k27r,keZ.

Cau2. (SGD&DT HA NOI - 2018) Phuong trinh sin(x—%j =1 ¢6 nghiém la

A.x:£+k27z. B.x:5—7z+k72'. C.x:5—”+k2ﬂ'. D.x:£+27z.
3 6 6 3
Ciau3. (THPT CHUYEN VINH PHUC - LAN 4 - 2018) Tim nghiém ciia phuong trinh sin2x=1.
A. x=£+k27r. B. x:£+k7z. C. x=£+k27r. D. x=k—7r.
2 4 4 2

Caud. (HONG QUANG - HAI DUONG - LAN 1 - 2018) Tim nghiém ctia phuong trinh 2sinx—3=0

X = arcsin (%j +k27
A xed. B. (keZ).
. (3
X = ;& —arcsin (Ej +k27

X = arcsin (%j+k27z
C. (keZ). D. xeR.
. (3
X = —arcsin (Ej+k27z

Cau5. (THPT YEN LAC - LAN 4 - 2018) Phuong trinh sinx =1 c¢6 mot nghiém 1a

A x=m. B. x=—~, C.x=ZX. D. x==.
2 2 3
Ciu 6. (THPT HA HUY TAP - HA TINH - LAN 1 - 2018) Phuong trinh sinng c6 nghiém 1a:
x=2tkr x=Z+ik2rx
Vs V4 6 3
A . x=x—+k2rx. B. x=—+kr. C. 5 . D. ) .
3 3 x=%+k7z x:T”+k27r

Cau7. (THPT NGUYEN THI MINH KHAI - HA TINH - 2018) Tap nghiém cta phuong trinh
sinx =sin30° la
A. S={30°+k2r |k e Z} U {150°+ k27 |k € Z} .

B. S={i30°+k27r|keZ}.
C. §={£30°+4k360° |k € Z}.
D. §={30°+360°|k € Z} U {150°+360° |k € Z} .
Ciau8. (THPT YEN LAC - LAN 3 - 2018) Nghiém cua phuong trinh sinx =1 1a
A.—%+k7r,keZ. B§+k7z,kez. C.—%+k27z,keZ.D.§+k27r,keZ.

Cau9. (SO GD&PT QUANG NAM - 2018) Tim tat ca cac nghiém ciia phuong trinh sin(x +%) =1.
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Cau 10.

Cau 11.

Cau 12.

Cau 13.

A. x:%+k7z (keZ). B. x:—%+k2ﬂ' (keZ).

C. x:%+k2ﬂ' (keZ).D. x:%z+k27z (keZ).

(CHUYEN LUONG THE VINH PONG NAI NAM 2018-2019 LAN 01) Phwong trinh
2sinx—1=0 co6 tap nghi¢m la:

A. S:{%+k27z;%”+k27z,kez}. B. S:{%+k27z;—2§+k27z,keZ}.

C. S:{%+k27z;—%+k2n,kez}. D. S:{%+k27z,keZ}.

(PE THI THU LOP 11 TRUONG THPT YEN PHONG LAN 1 NAM 2018 - 2019) Phuong
trinh 2sinx+1=0 c6 nghiém la:

x=—Z4kon x=—Z4kon
A. 6 B. 6
x——%+k2n x:7—n+k2n
x=24kon x="4kn
c.| ¢ p.| ©
x:5—n+k2n x:—7—n+kn
L 6 L 6

(SO GIAO DUC PAO TAO VINH PHUC NAM 2018 - 2019 LAN 01) Phuong trinh
2sinx—~/3=0¢6 tap nghiém la:

A. {i%+k27z,keZ}. B. {i%+k27z,keZ}.

C. {%+k27z,%+k27z,keZ}. D. {%wzyz,%’[wzyz,kez}.

Dang 1.2 C6 diéu kién nghiém
(THPT SON TAY HA NOQI NAM 2018-2019 LAN 01) Phuong trinh nio dudi ddy cé tap nghiém

biéu dién trén dudng tron luong giac 1a 2 diém
M, N?

A. 2sin2x=1. D. 2cosx=1.

C. 2sinx=1.

B. 2c0s2x=1.
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Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cho phuong trinh sin(zx—%J :sin(x+37”) Tinh tong cac nghiém thudc khoéng(O;ﬂ) cua

phuong trinh trén.

A Z B. . c. 7. D. Z.
2 2 4
C6 bao nhiéu gia tri nguyén cua tham s6 m dé phwong trinh 3sin2x—m*+5=0 c6 nghiém?
A. 6. B. 2. C. 1. D. 7.
C6 bao nhiéu gia tri nguyén cia m dé phuong trinh: 3sinx+m—1=0 c6 nghiém?

A.7 B.6 C.3 D.5
(CHUYEN HUNG YEN NAM 2018-2019 LAN 03) Tim s6 nghiém cua phuong trinh
sin(cos2x) =0 trén [0;27].

A. 2. B. 1. C. 4. D. 3.

Phuong trinh sin [3x +§] = —? c6 bao nhiéu nghiém thudc khoang [0; %] ?

A 3. B. 4. C. 1. D. 2.

(GKI THPT NGHIA HUNG NAM PINH NAM 2018-2019) S nghiém cua phwong trinh
2sinx—+/3 =0 trén doan doan [0;27].

A. 3. B. 1. C.4. D. 2.

(THPT CHUYEN THAI BINH - LAN 3 - 2018) S6 nghiém thuc ctia phwong trinh 2sinx+1=0

trén doan [—%;107[} la:
A. 12. B. 11. C. 20. D. 21.
(THPT XUAN HOA - VP - LAN 1 - 2018) Phuong trinh sin(2x —%) = sin(x +3T”j c6 tong cac

nghiém thudc khoang (0;7) béng

AE B. 7. c. 3. D.Z.
2 2 4
(THPT CHUYEN BAC NINH - LAN 1 - 2018) Tinh tong S cua cic nghiém ctia phuong trinh
sinx=l trén doan —Z;Z .
2 22
A 5= B.s=2. c.s=Z. D.s=2.
6 3 2 6

(THPT CHUYEN HUNG VUONG - GIA LAI - LAN 2 - 2018) Phuong trinh
sin(3x +§J = —? c6 bao nhiéu nghiém thudc khoang (0;%) ?
A. 3. B. 4. C. 1. D. 2.

(THPT THANH MIEN I - HAI DUONG - LAN 1 - 2018) Cho phuong trinh 2sinx—~/3 =0.
Téng cac nghiém thudc [O;;r] cua phuong trinh Ia:
2 4

A . B. Z. c. 2%, p. =
3 3 3
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Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

(CHUYEN TRAN PHU - HAI PHONG - LAN 1 - 2018) Phuong trinh sin 2x = —g c6 hai

T

cong thuc nghiém dang a +kx, f+kx (keZ) voi a, [ thudc khoang (—E Ej Khi do,

2

a+ 3 bing
AZ B. - 2. C.x. D.-Z.
2 2 3

R . . . ) . 1
(CHUYEN BAC NINH - LAN 1 -2018) Tinh tong S cta cac nghiém cta phuong trinh sinx = 5
trén doan [—Z;z} .

22

A 5=2%. B.s=2. c.s==. D.s=2

6 3 2 6
(THPT THACH THANH 2 - THANH HOA - LAN 1 - 2018) Nghiém cua phuong trinh

2sinx+1=0 duogc biéu dién trén dudng tron luong giac & hinh bén 1a nhitng diém nao?
15
sl

A.Piém D, diém C. B.Piém E,diém F.
C.Piém C,diém F. D.Piém E,diém D.

(THPT LE HOAN - THANH HOA - LAN 1 - 2018) S6 nghiém ctia phuong trinh sin (x + %) =1

thugc doan [7;27] la:

A. 3. B. 2. C.0. D. 1.

(THPT MO DUC - QUANG NGAI - 2018) Phuong trinh 2sinx—1=0 cé bao nhiéu nghiém
X e (0; 272') ?

A. 2 nghiém. B. 1 nghiém. C. 4 nghiém. D. V6 s6 nghiém.

(SO GD&DT BINH THUAN - 2018) Phurong trinh sin 5x—sinx =0 c6 bao nhiéu nghiém thudc
doan [-20187;20187]?

A. 20179. B. 20181. C.16144. D. 16145.

(Chuyén Phan Bdi Chau - Nghé An - Lan 1 - 2017 - 2018 - BTN) S nghiém thudc doan

O;S—W
2

cua phuong trinh 2sinx—1=0 la:
A. 3. B. 1. C. 4. D. 2.

(THPT Thanh Mién - Hai Dwong - Lan 1 - 2018 - BTN) Cho phuong trinh 2 sin x — J3=0. Tong
cac nghiém thudc [0;7[] cua phuong trinh Ia:

Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong 5




CAC DANG TOAN THUONG GAP PT:0946798489

A B. 7z cz D. 2.
3 3 3
Ciu 33. (Chuyén Bic Ninh - Bic Ninh - Lan 1 - 2018 - BTN) Tinh tong S cila cdc nghiém ciia phuong
trinh sin x :l trén doan _f;f .
2 22
A s=Z. B.s=2 c.s==2 D.5=%
6 3 2 6

Ciu 34. (Chuyén Thai Binh - Lan 3 - 2017 - 2018 - BTN) S6 nghiém thuc ctia phuong trinh 2sinx+1=0
trén doan [—37”;10#} la:
A.12. B. 11. C. 20. D. 21.

Ciu 35. (THPT Ninh Giang — Hai Dwong — Lan 2 — Niim 2018) Phuong trinh: 2sin(2x—%} ~J3=0

c6 may nghiém thudc khoang (0;37[) .
A. 8. B. 6. C.2. D. 4.

Dang 2. Phuong trinh cosx=a
Dang 2.1 Khéng c6 diéu kién nghiém

Cau36. (THPT LE VAN THINH BAC NINH NAM 2018-2019) Nghiém cta phuong trinh

cos(x+%j = ﬁ la:

2
[ x=k2rx xX=krx
A. x=—£+k7r(k€Z)B. x=—%+k7r(k€Z)
_x=k7r x=k2x
¢ x=—£+k27r(kez) b x=—%+k27r(kez)

Cau 37. (THPT MINH CHAU HUNG YEN NAM 2018 — 2019) Nghiém cila phuong trinh cosx = —%
la

A. x:i2?7r+k27r B. x::t%—i—kﬂ C. x::|:§+k27r D. xz:l:%+k27r

Cau38. (THPT SON TAY HA NOI NAM 2018-2019 LAN 01) Giai phuong trinh €osx =1

A.x:kg,kez. B. x=kn, keZ.

C. x:g—l—k}n, k€Z.D. x=k2n, keZ.

Ciau39. (CUM 1 SO GD&PT BAC LIEU NAM 2018-2019 LAN 01) Phuong trinh cos x = cos% c6 tat

ca cac nghiém la:
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A. x=2§+k27z(keZ)B. x=i%+k7z’(keZ)

C. x=i%+k27r(keZ) D. x:%+k27z(keZ)

Ciau40. (KTNL GV THUAN THANH 2 BAC NINH NAM 2018-2019) Phuong trinhcosx=0 co
nghiém la:
A.x:%+k7r (keZ). B. x=k2z (keZ).
C.x:%+k27r (keZ). D. x=kr (keZ).
Cau4l. (THPT CHUYEN QUANG TRUNG - BP - LAN 1 - 2018) Nghiém cua phuong trinh
( ﬁj V2
cos| x+— [=—1a
4) 2
[x=k2x (x=kn
A. kel). B. kel
x:—%+k7r( ) x:—£+k7z( )
‘x=knx x=k2m
C. kel). D. kel
x:—£+k27z( ) x:—%+k27z( )
Cau42. (THPT CHU VAN AN - HKI - 2018) Tim tt ca cac nghiém ctia phuong trinh cosg =0.
A x=kr, kel B.x:%+kﬂ,keZ.
3z 3z
C. x=7+k6ﬂ', kelZ. D. x=7+k3ﬂ', kel.
Ciu 43. (XUAN TRUONG - NAM DPINH - LAN 1 - 2018) Phuong trinh 2cosx—1=0 c6 nghiém la:
A.x:i%+k27z,keZ. B.x=i§+k27z,keZ.
C. x:i%+27r, keZ.D. x:i%+k7r, kelZ.
Chu44. (PHAN DANG LUU - HUE - LAN 1 - 2018) Phuong trinh 2cosx—~/2 =0 c6 tAt ca c4c nghiém
1a
[ 3 [ T
x=—+k2rx xX=—+k2rx
A. 43 kel B.| 4 keZ.
x———ﬁ+k272' x:—£+k271'
L 4 L 4
i V4 i T
x=—+k2x x=—+k27
c| ] keZ D. 47 kel
x=—7[+k272' x=—Tﬂ+k27Z
Cau 45. (THPT TRAN PHU - PA NANG - 2018) Giai phuong trinh 2cosx—1=0
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Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

x:E+k2n
3

A x=+Z4km keZ. B.  keZ.
3 27
x:?+k2ﬂ:

i T
x=—+km

C.x=t24+im keZ.D.| >  keZ.
3 21
XxX=—+km
3

(THPT TRIEU THI TRINH - LAN 1 - 2018) Nghiém cila phuong trinh cosx =—1 1a:
A.x:%+k7z,keZ. B.x=k2r7,keZ.
C.x=rn+RkR2rxn,keZ. D. x=krn, keZ.

(THPT CHUYEN VINH PHUC - LAN 3 - 2018) Phuong trinh cos x = —g c6 tap nghiém la
A. {xzi%+k27z;keZ}. B. {x:i%-i-kﬂ';kEZ}.

C. {x:i%+k27z;keZ}. D. {x:i%+k7r;keZ}.

(THPT CHUYEN LE HONG PHONG - NAM PINH - LAN 2 - 2018) Khéng dinh nao sau day

13 khang dinh sai?
A cosx=—-1lx=rn+k2r. B. cosx=0<:>x=%+k7r.

C.cosx=1<x=k27.D. cosx=0c>x=%+k27z.

(THPT NGUYEN PUC THUAN - NAM PINH - LAN 1 - 2018) Phuong trinh lugng giac:
2cosx++/2 =0 cb nghiém la

x:£+k27z x:3—7z+k27z x:£+k27z x:7—7r+k27z
Al 8 . B 43 e ;‘ . D 47
x:—£+k271' x:——”+k27z x:—”+k27z x:——ﬁ+k27r
4 4 4 4

(THPT NGO QUYEN - HAI PHONG - 2018) Tim cong thirc nghiém cua phuong trinh
2cos(x+a)=1 (véi a eR).

Xx=—a+Z+k2x i V4

A 3 (ken). B.| TR ey,
x:—a+2?7[+k27z | x=—a+k2rx
x=—a+Zik2r x=—a+Zik2r

C. 3 (kez) D. 3 (ke).
x:a—%+k27z x:—a—%+k27z

Dang 2.2 C6 diéu kién nghiém
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Cau 51.

Cau 52.

Cau 53.

Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

(LOP 11 THPT NGO QUYEN HAI PHONG NAM 2018-2019) Tim tét ca cac gia tri thuc cta
tham s m dé phuong trinh cosx—m =0 vo nghiém.
A me(-0o;-1)U(l;+x) B. m e (—o0;—1]U[l;+0)

C. me(l;+0) D. m e (—o0;-1)
(THPT LE XOAY VINH PHUC LAN 1 NAM 2018-2019) Toéng cac nghiém thudc khoang
(—%;%) ctia phuong trinh 4sin’ 2x—1=0 bang:
A. . B. Z. C. 0. D. Z.
3 6

(CHUYEN TRAN PHU HAI PHONG NAM 2018-2019 LAN 02) Phwong trinh
x/zcos(x +%j =1¢6 s6 nghiém thudc doan [0;27]1a
Al B. 2 C.0 D. 3

- . X ) 1
(KTNL GV BAC GIANG NAM 2018-2019) Biét cac nghiém cua phuong trinh cos2x = > co

T . T L. . 4 n . 1 N
dang x=—+knva x=——+knr,k e Z ; v&i m,n la cac so6 nguyén duong. Khi d6 m+n bang
m n

A. 4. B. 3. C. 5. D. 6.
Phuong trinh+/2cos (x + %j =1¢6 sb nghiém thudc doan [0;27]1a

Al B. 2 C.0 D.3

(HONG QUANG - HAI DUONG - LAN 1 - 2018) Nghiém ctia phuong trinh cot(x +%) =3

codang x=—Z+ X% ke m. neN va X 1a phan sé t5i gian. Khi do m—n bing

m n n
A. 5. B. -3. C. 5. D. 3.
(THPT HAU LOC 2 - TH - 2018) Nghiém 16n nht ctua phuong trinh 2cos2x—1=0 trong doan
[O;;z] la:
A x=x. B. x= 117 . x=2Z. D.x=2%

12 3 6

(CHUYEN PHSPHN - 2018) Cho hai phuong trinh cos3x—1=0 (1); cos2x = —% (2). Téap cac
nghiém cta phuong trinh (1) ddng thoi 12 nghiém cua phuong trinh (2) 1a
A. x=§+k2n,kez. B. x=k2z, keZ.

C. x=i%+k27r,keZ D. x=i%+k27r,keZ.

(CHUYEN DHSPHN - 2018) Tim s do ba goc ciia mot tam giac cin biét ring c6 s do cua mot

goc 1a nghiém cia phuong trinh cos2x = —% .

AR E L B JEZEZl )27 77|
3 66 333 3 66
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clzzzl [z 7 x| plzz x|
333 4 4 2 333

Ciau 60. (THPT PHAN DINH PHUNG - HA TINH - LAN 1 - 2018) S nghiém ctia phuong trinh
2cosx =+/3 trén doan {0;577[} la

A. 2. B. 1. C. 4. D. 3.

3 /4 . 1
Cau6l. (CTN-LAN 1 -2018) S6 nghiém ctia phuong trinh cosx = 5 thudc doan [-27;27] 142
A. 4. B. 2. C. 3. D. 1.
Ciu 62. (SO GD&PT HA TINH - 2018) Phuong trinh cos2x+cosx=0 c6 bao nhiéu nghiém thudc
khoang (—;7)?
A. 2. B. 3. C. 1. D. 4.
Cau 63. (THPT CHU VAN AN - HKI - 2018) Téng tit ca cac nghiém ciia phuong trinh cos2x—cosx =0
trén khodng (0;27) bang 7. Khidé T c6 gia tri la:

A.T:%ﬂ. B. T=2r. C.T:%”.

Cau 64. (THPT Phan Dinh Phung - Ha Tinh - Lan 1 - 2017 - 2018 - BTN) S¢ nghiém ctia phuong trinh
2¢cosx = x/§ trén doan {0;577[} la

D.T=rx.

A. 2. B. 1. C. 4. D. 3.

Dang 3. Phuong trinh tanx=a
Dang 2.1 Khéng c6 diéu kién nghiém

Cau 65. (THPT KIEN AN - HAI PHONG - LAN 1 - 2018) Tim tit ca cac nghiém cia phwong trinh
tanx =m, (meR).
A. x=arctanm+ kx hoac x =z —arctanm+kr, (keZ).
B. x=+xarctanm+kr (keZ).
C. x=arctanm+ k2, (keZ).
D. x=arctanm+ kr, (keZ).

Cau 66. (CHUYEN VINH PHUC - LAN 1 - 2018)Phuong trinh tanx =+/3 ¢6 tip nghiém la
A. {%+k2ﬂ,keZ}. B. . C. {%+k7r,keZ} . D. {%+k7r,keZ} .

Cau 67. (THPT CHUYEN QUANG TRUNG - BP - LAN 1 - 2018) Nghiém cta phuong trinh
tan3x=tanx la

A.xz%r,keZ. B. x=kn, kel. C.x=k2r, keZ. D.le%r,keZ.

Cau 68. Phuong trinh tan(3x—15°) = V3 ¢6 cac nghiém la:
A. x=60°+£k180°. B. x=75°+k180°. C. x=75°+k60°. D. x=25°+k60°.
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Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

Phuong trinh lugng giac: V3.tanx+3=0 ¢c6 nghiém la:

A.X=£+kﬂ'. B.x:—£+k27z'. C.x:£+k7z'. D.x:—£+k7z'.
3 3 6 3

Giai phuong trinh: tan® x =3 c6 nghiém la:

A. x=§+k7z. B. X=—%+kﬂ'. C. x=i§+k7r. D. v6 nghi¢m.

Nghiém ctia phuong trinh J3+3tanx=0 la:

A.x:—£+k7r. B.x:£+k7z. C.x:£+k7z. D.x:£+k27z.
6 2 3 2

(THPT Trin Hung Dao-TP.HCM-2018) Giai phuong trinh /3 tan2x—3=0.
A. x:%+k7z (keZ). B. x:%+k%(keZ).

C.x=Z+kr(keZ). D. x=241Z (kez).
3 6 2

Dang 2.2 Co diéu kién nghiém

Tinh tng cac nghiém trong doan [0; 30] cta phuong trinh: tanx = tan3x (1)

A. 5571, g 7. C. 457. p, 1907

2 2

Trong cac nghiém duong bé nhat cta cac phuong trinh sau, phuong trinh nao c6 nghiém duong nhé
nhat?

A. tan2x=1. B. tan(x—%j:\/g. C. cotx=0. D. cotx:—\/g.

(THPT LUONG VAN TUY - NINH BINH - LAN 1 - 2018) Nghiém ciia phuong trinh

- 3 R X A \ \ .7 9 1 A \ ~ < R \
tan x = = duoc biéu dieén trén dudng tron lugng giac ¢ hinh bén 14 nhitng diém nao?

y
B
D C
A’ A
E F
B!

A.Piém F,diém D. B.Piém C,diém F.
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C.biém C, diém D, diém E, diém F . D.Piém E, diém F .

Céau 76. S6 nghiém ciia phuong trinh tan x = tanzi—zZ trén khoang (%;27[) 1a?

A. 4. B. 1. C. 2. D. 3.
Céu 77. Tbdng cac nghiém cta phuong trinh tan5x—tanx =0 trén nira khoang [O;;r) béng:
A.S—ﬁ. B. 7. C.3—”. D. 2x.
2 2

Cau 78. Tinh tong cic nghiém ctia phuong trinh tan(2x - 150) =1 trén khoang (—900; 900) bang.
A. 0" B. -30°. C. 30°. D. —60°.
Dang 4. Phuong trinh cotx=a

Dang 2.1 Khéng c6 diéu kién nghiém

Cau 79. Phuong trinh lugng gidc 3cotx — J3=0c¢o nghiém la:

A. x=%+k27z. B. V6 nghiém. C. x=%+k7r. D. x:%+k7r.

Cau 80. (S¢ GD Kién Giang-2018-BTN) Phuong trinh 2 cot x — J3=0 conghiémla

T
X=—+k2r
Al © (keZ). B. x=Z+k2r (keZ)
V4 3
x=—g+k27z

C.x=arccot§+k7r(keZ). D.x=%+k7r (keZ).

Cau 81. Giai phuong trinh cot(3x—1)= —3.

Ax=20 7 T (kez). B.x=4 T i (kez).
37183 3718 3
Cx=Z k% (keZ). D. x=t-Zikr(kez).

183 306

Dang 2.2 C6 diéu kién nghiém

Ciu 82. (THPT Hong Quang - Hii Dwong - Lan 1 - 2018 - BTN) Nghiém cua phuong trinh

cot(x+%j:\/§ c6 dang x=—£+k—ﬁ, keZ,m,neN Vék léphénsétéigién. Khido m—n
m n n

bang

A. 3. B. 5. C. 3. D. -5.

Cau 83. Hoi trén doan [0; 201 87[] , phuong trinh J3cotx—3=0 c6 bao nhiéu nghiém?
A. 2018. B. 6340. C. 2017. D. 6339.

Dang 5. Mot sb bai toan tong hop
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Cau 84. (GKI THPT NGHIA HUNG NAM DPINH NAM 2018-2019) Trong cac phuong trinh sau,
phuong trinh nao vé nghi¢m?

A. tanx =99. B. cos[2x—§] = 2% C. cot2018x=2017. D. sin2x= —%.
2
Cau 85. Trong cac phuong trinh sau, phuong trinh nao nhan x = % + k?ﬂ (k € Z) lam nghiém
. (7 )
A. sin3x =sin (Z— 2xj. B. cosx =sin2x.
C. cos4x =—cosbx. D. tan2x:—tan%.
Ciu 86. (CHUYEN BAC GIANG NAM 2018-2019 LAN 02) Phuong trinh sinx =cosx cé s6 nghiém
thudc doan [—TE; TC] la:

A.3 B.5 C.2 D. 4
Cau87. (TRUONG THPT LUONG TAI SO 2 NAM 2018-2019) Giai phuong trinh

(2cos£—lj(sin£+2j =0
2 2

A. x=i2T”+k27r,(keZ) B. x=i%+k27z,(keZ)
C. x:i§+k47r,(keZ) D. x:izTﬂ+k47z,(keZ)
Ciau88. (THPT PONG SON THANH HOA NAM 2018-2019 LAN 02) Phuwong trinh
8.cos2x.sin2x.cos4x =—/2 c¢6 nghiém la
x=—4 k2 x=l kX
Al ¥ Y (kew). B.| 10 8 (rem).
Sz« 3z | 7w
X=—+k— Xx=—+k—
L 32 4 16 8
x:£+kZ x:£+k£
c| 3 % (kez) p.| ¥ % (kew)
3z« 3z &
x=—+k— X =— -
8 8 32 4

Cau89. (CHUYEN HUNG YEN NAM 2018-2019 LAN 03) Tim sd nghiém cua phuong trinh
sin(cos2x)=0 trén [0;27].

A. 2. B. 1. C. 4. D. 3.
Ciu 90. (CHUYEN BAC NINH - LAN 2 - 2018) Phuong trinh nao sau ddy v nghiém?

A. tanx=3. B. sinx+3=0.

C. 3sinx—2=0. D. 2cos’x—cosx—1=0.

Ciau91. (THPT CHU VAN AN - HKI - 2018) Trong khoang (0;72') , phuong trinh cos4x+sinx=0 co
tap nghiém la S . Hay xac dinh §'.

A. S:{E;z_ﬂf_ﬂj_ﬂ _ B. 52{2;3_” _
373 10 10 6 10
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C.S= £;£;7_”}.

6 10 10
Cau 92.
lam nghiém

5= z.s_ﬂ.s_ﬂ.z}
66 °10°10])°

(CHUYEN DHSPHN - 2018) Phuong trinh cos3x.tan5x =sin7x nhan nhitng gia tri sau cua x

C. 4.
(THPT CHUYEN NGUYEN PINH TRIEU - PONG THAP - LAN 1 - 2018) Phuong trinh

C. 5.

C. x=57r;x:£.
10

D. x=57r;x=£
20

7 krx
xX=—

6 3 (kez).

x:£+k27z

27

7
xX=—
6 3

(keZ).
x:£+k27z
2

THPT NGUYEN HUE - TT HUE - 2018) Sb nghiém cua phuong trinh v/4—x* sin2x=0 1a
( L g p g

D. 3.

D. 6.

A.x:Z. B.leOﬂ;le.
2 10
Ciu 93. (THPT LUC NGAN - LAN 1 - 2018) Phuong trinh sin2x = cos x c¢6 nghiém l1a
[z kx [
X=—+—
Al % 3 (kem). B,
x=" 1k
x=" ko
c| °  (kem). D.
x="1kon
L 2
Cau 94.
A. 2. B. 5.
Cau 95.
sinx = cosx ¢6 bao nhiéu nghiém x e (0;57)?
A. 3. B. 4.
Ciu 96. (SO GD&DPT LAO CAI - 2018) Nghiém cta phuong trinh sin3x =cosx 1a
A.x=k7r;x:k£. B.x:£+k£;x——+k7z
2 8 2

C.x=k2r; x=%+k27r.

D. x=kr; x:%+k7z.

Ciu 97. (THPT HOA VANG - PA NANG - 2018) Phuong trinh sin2x+cosx =0 cé téng cac nghiém
trong khoang (0;27) bang
A. 2r. B. 3x. C. 5rx. D. 6r.

Cau98. (SGD&DPT HA NOI - 2018) S6 nghiém chung cua hai phuong trinh 4cos’x—3=0 va
2sinx+1=0 trén khoang (—%,%j bang
A. 2. B. 4. C. 3. D. 1.

Cau 99. (THPT HAI BA TRUNG - HUE - 2018) Giai phuong trinh sin xsin 7x =sin3xsin5x .
A x=krn,keZ. B.x=k?7[,keZ. C.x=liTﬂ,keZ. D.x=k77z,keZ.

Ciu 100. (THPT Trin Hung Pao-TP.HCM-2018) Tim s6 nghiém ctia phuong trinh sin x = cos 2x thudc

doan [O; 2072'] )

A. 20. B.

40.

C.

30. D. 60.

Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong

14



CAC DANG TOAN THUONG GAP

DT:0946798489

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Dang 1. Phuong trinh sinx=a
Dang 1.1 Khéng c6 diéu kién nghiém

Phuong trinh twong duong sin% =le % = %4‘ Rr< x=r+kdrn,keZ
sin| x-Z =1 o x-L=Z 4z o x="Lrkar (kel).
3 3 2 6
. V2 V4
Ta co: sm2x:1<:>2x:5+k27z<:>xzz+k7r.
Taco: 2sinx—3=0<sinx = % >1 nén phuong trinh v6 nghiém.

Ta c6 sinx:1<:>x=§+k2n (keZ).

Do d6 x =§ la mot nghiém cua phuong trinh sinx =1.

x:%+k2ﬂ'
Taco sinx=—< ) , Vo1 keZ
2 x:Tﬂ+k27z

x=30°+£k360° {x:30°+k360°

Taco sinx =sin30° < = ( IS
x =180°-30°+ £360° x=150°+k360°

Taco sinx=1<x=24k2r, keZ.

[\

Ta cod sin(x+%j:1 <:>x+%=%+k27z <:>x=%+k27z (keZ).

T
! x=—+k27x
Ta co: 2sinx—l:O®sinx:—(:)sinx:sinz(:) keZ.
2 6 S5
x=—+k27
6
Chon B
Ta co: 2sinx+1:O<:>sinx:—l:sin(—£j
2 6
x:—E+k2n
o 76 (ke)
x=—n+k2n
6
\/5 x:£+k27z
2sinx—\/§:0<:>sinx=7<:> ;’ (keZ).
x:?ﬁ+k27z

Vay tip nghiém cta phuong trinh la: § = {% + k27z,277[+ k2, k e Z}

Dang 1.2 C6 diéu kién nghiém
Chon C

Z).

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong

15



CAC DANG TOAN THUONG GAP PT:0946798489

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

A < R \ \ , . < R , \ < A J I PR 1 e
Ta thay 2 diém M va N la cac giao diém cia duong thang vudng gbéc véi truc tung tai diém 2 voi

duong tron lugng gidc = M va N 1a cac diém biéu dién tdp nghiém ctia phuong trinh lugng giac

co ban: Sinx=%<:>28inX:1 = Dap an. C.
Chon B
3 2x—£=x+3—7[+k27r xX=rw+k2rx
Taco: sin| 2x =2 | =sin| x+2% | & 4 4 =N r 2rx (keZ).
4 4 V2 3z Xx=—+k—
2x—Z:7z—x—T+k27z 6 3

+Xét x=mw+k2x (keZ).

DoO<x<7z<:>0<7z+k27z<7z<:>—%<k<0.VikeZnénkh(‘)ngcégiétrik.
e xét x=" 1k (ke).
6 3
V4 2r 1 5 . N \
DoO<x<7z<:>0<g+kT<7z<:>—Z<k<Z.V1keZnencoha1g1atr1k1a:k:O;kzl.

. Véi k:0:>x:%.

9]

« V6i k=1=x=22%,

6
Do d6 trén khoang (0;7) phuong trinh da cho ¢6 hai nghiém x =% Va x = S?ﬂ
T Sz

Vay téng cac nghiém ciia phuong trinh da cho trong khoang (0;72') la: g+ ra =T.

Chon B

Phuong trinh da cho tuong duong voi phuong trinh sin2x = m -

m* =5 22<m<—2

-1;1 2 e[2;8
e[-Ll]em’ e[2;8] < Femerss

Vi sin2x [~1;1] nén
Vay c6 2 gia tri.
3sinx+m—1=0 @sinx:I_Tm,décénghiémtacé —1§1_ng1 &S -2<m<4
Nén c6 7 gia tri nguyén tir —2; dén 4.
Ta 6 sin(cos2x)=0<> cos2x=kr (k € Z)
Vi cos2xe[—l;1]:>k:0:>cos2x:0<:>2x=§+k17r<:>x=%+k1§ (k, eZ).
xe[0;27] =k €{0;1;2;3}.
Vay phuong trinh ¢c6 4 nghiém trén [O; 272].
3x+§: —§+k27r
—1] & (keZ)
3 T s
3x+§=7r+§+k27r

B3

Ta cé sin[3x+z] =——&sin
3 2

3x _,.1] =sin
3
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Cau 19.

Cau 20.

27 27
xX=——+k—
o O 3 (ken)
4 27
xX=—+k—
3 3

2 2 2 2 1 1

+) THL: x= Ay e ) YRR PN P L il 2 £<:>—<k<—3.Do ke€Z=k=1. Suy
9 3 2 3 12

ra truong hop nay cé nghiém x = 4?” thoa man.

2 2 1 1
) TH2: x=2+kZZ el 0 |o0<Z+ k<2 o —<k<-. Do keZ=k=0. Suy ra
33 2 3773 27 2 4

truong hgp nay co6 nghiém x :% thoa man.

Vay phuong trinh chi ¢6 2 nghi¢m thudc khoang [O;g] .

Chon D
Tuw lugn

3 x=£+k27z x=£+k27z
ZSinx—\/§=0<:>sinx=—<:>sinx=sin z = 3 = 3 kel
2 3 4 27
xX=n——+k2x x=—+k27
3 3
-Xétx=§+k27r

os)csz;zcosngnszn@—%skzns%”@—%sks%:k:@

Chi co mét nghiém x = % e[0;27]

-XétszTﬁ+k27z

0<x<27z<:>0<2T+k27z<27z<:>—2T<k2 <4T”©—§sks§:>k=o

Chi co mét nghiém x = 277[ e[0;27]
Vay phuong trinh co 2 nghiém thudc doan [0;27].

-
1 xX=—+k2rx
Phuong trinh twong duong: sinx = ) & 6 ,(kelZ)

x=7—7[+k27r
6

+V01x——g+k27r keZ tacd —37<—€+k27r<107r keZ<:>?2<k<6—21 kel

=0<k<5, keZ.Do d6 phuong trinh c6 6 nghiém.

Vo x=2E i kox keZ taco — L < ik <10n kel o <k kel
6 2 6 3 12°

= -1<k<4, keZ.Do d6, phuong trinh c6 6 nghiém.

+ R0 rang cac nghiém nay khac nhau tirng 461 mdt, vi néu
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Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

—%+k2ﬂ=%+k'2ﬂ'<:>k—k'=§ (voli,do k, k'eZ).

Vay phuong trinh c¢6 12 nghiém trén doan [—%;107[} .

2x—£:x+3—7[+k27r xX=rn+k2rx
.. V4 . 3z 4 4
Taco sin| 2x—— |=sin| x+— | < & z 2x(k1€Z).
4 4 T T X=—+[—
2x——=——x+127 6 3
4 4

Ho nghiém x =7+ k27 khong c6 nghiém nao thudc khoang (0; 7).
x:£+12—7re(0;7r) :>0<%+12T7[<” < 1e{0; 1.

. . 5 :
Vay phuong trinh ¢6 hai nghiém thudc khoang (0; 7) 1a x =% Va x= ?ﬂ . Ttr d6 suy ra tong céc

nghiém thudc khoang (0; ) cta phuong trinh ndy bang .

1 x:%+2k7z
Ta co: sinx=—< (keZ).
2 Y/
x=—+2kr
6
Vixe|-Z: 2 nen x=L=s5=2.
2°2 6 6

T T
= 2
\/g 3x+3 +k T

Ta co: sin(3x+%j=—7 & 3 (keZ)
I+ =" s kon
3
3x——2—7r+k27z x:_z_ﬂ+k2_ﬂ
N (keZ) ? , 3 (kez)
3x=rn+k2x Py il
3 3
X T\ . V4 4
Vixe|0;— | nén x=—, x=—o"m1.
[0 Jren x=5.0-%

Vay phuong trinh da cho ¢6 hai nghiém thudc khoang (O;%) .

V4
3 X=—+k2rx
2sinx—3 =0 < sinx == =sin = < 3
2 3 2
xX=—+k2rx
3
. . A2 a2
Céc nghiém cua phuong trinh trong doan [0;7[] la E;Tnen co tong la §+T=7z.
2x=-L 1k x=-Zkn x=-Zikrn
, . 3 T 6
Ta co: sm2x=—7:sm(—gj & 4 & 5 &
2x="Z k2x x:Tﬁ+k7z x=—§+k7z
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Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

T T T
Viy a=—=— va f=—=.Khidé a+B=—=.
ay p B 3 B 5

| x=£+2k72
Tacod: sinx =— < (keZ).
2 5x
x=—++2krx
6
Vi xe{——;ﬁ} nén x=2=s5==2.
2 6

x:—£+k27r

Ta cod 2sinx+1=0<:>sinx:—%<:> (keZ)

x:7—7r+k27z

Véi k=0= x=-= hodc x=_Z.
6 6

L2 3 X R /N 3 .2 X T N
Piém biéu dién cua x = —g la F, diém biéu dién x =? la E.

Ta co sin x+Z :1<:>x+£:£+k27z<:>x:£+k27z,keZ.
4 4 2 4

Suy ra s6 nghiém thudc [7;27] cua phuong trinh 1a 1.

T
1 x=g+k27z
Tacod: 2sinx—1=0 < sinx=— < (keZ).
2 Sx
xX=—+k27
6
Do x €(0;27) nén ta c6 x=%;x=5?ﬂ.
Ta cé
) ) . . Sx=x+k2x
sinSx—sinx=0 < sinSx=sinx <
Sx=m—-x+k2x B
x=kZ (keZ)
2
S|\ x=+mrx (mel).
X=—+nrx (neZ)
Vs
—20187z£k5£20187z
Vi x €[-20187;20187| nén —20187:3%”+m;zs2018;z =
T
—20187z£g+n7r£20187z

x=k—

(*)
£+k£
6 3

—4036 <k <4036
12113 12103
- m< .
6 6
_12109 12107

n<
6 6

IN

IA

Do d6 c6 8073 giatri k, 4036 gia tri m, 4036 gia tri n, suy ra s nghiém can tim 13 16145

nghi¢m.

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong

19



CAC DANG TOAN THUONG GAP PT:0946798489

Cau3l. Chon A

7
! xX=—+k2m
+ Phuong trinh tuong duong sinx = — < sinx = sin~ < , (k € Z) .
2 5w
X :?+k27r

+V(’yix=%+k27r,(k€Z).

Vi x e

0;5—7T
2

nén 0§%+k27r§577r, keZ@—éng%, keZ:ke{O;l}.

{7‘(’ 137r}
Suyra: x€{—;—¢.
6 6

+ Vi x:%+k27r, (kGZ).

Vixe|0:2Z nen 0<2T 4 h2n < keZ o -2 <k<> keZ=k=0.
2 6 2 12 6
57
Suyra: x =—.
Y 6
Do do xe E;5—7T;13—7r )
6 6 6

Viy sb nghiém cta phwong trinh 1a 3.
Cau32. ChonB

r
3 x=§+k27z
2sinx—+3=0 < sinx =" =ginZ <
2 3 27
x=?+k27z

. 2
Cac nghiém cua phuong trinh trong doan [O; 7r] la %; ?ﬂ nén co tong la %+?ﬂ =7.

Cau33. Chon A

| x=£+2k7r
Ta co: sinx =— < (keZ).
2 Y4
X=?+2k7l'

Vixe _f;f nén x=2=5=2.
22 6 6

Cau34. Chon A

x=i+k27z

Phuong trinh twong duong: sinx = 1 = ,(keZ)
2 T
X = ? +k27

+ Vi x:—%+k27z, keZ tacod —%S—%+k27z£107z, kel @%Skﬁ%, kel

=0<k<5, ke’Z.Do do phuong trinh c6 6 nghiém.

+ Vi x=%”+k2;z, keZ tach —37”37?”+k2;z310;z,kez @?sks%, keZ
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Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

=-1<k<4, keZ.Do do, phuong trinh c6 6 nghiém.
+ RO rang cac nghiém nay khac nhau tig d6i mat, vi néu

—%+k2n:%”+k'2n@k—k'=§ (voli,do k, k' €Z).

Vay phuong trinh c6 12 nghiém trén doan {—%;107[} .

Chon B

ax-Z=Z kon
3 3

Ta cod 2sin(2x—%j—\/§zo ©2sin(2x—%j:73 =

wx-Zer-Zikon
3 3

x=Zvkn Az 7 3z 5

o 3 ,keZ.Vixe(0;37) nén xe ror iz rom T

T 3 3 2 2 2
x=5+k7z

Dang 2. Phuong trinh cosx=a
Dang 2.1 Khong c6 diéu kién nghiém

Chon D
x=k2x
Phuong trinh cos x+Z :ﬁacos x+ 2 | =cos| Z | = pa (keZ).
4 2 4 4 x:—3+k27z
Chon A

Ta co: cosx:—%<:> cosxzcos[%]@xz:l:%—i—k%r (kEZ).

Chon D.
Tacod cosx=1<x=k2n, kEZ.
Chon C

Phuong trinh cos x = cos% S x= i§+k27r(k eZ)
Chon A

Theo cong thirc nghiém dac biét thi cosx=0< x =§+ kx (k € Z) . Do d6 Chon A.

\/5 x=k2rx
T s

Phuong trinh cos(x+£j = cos(er—j =cos (—j = p (keZ).
4) 2 4 4) | x=-Z1kon

cos£=0 <:>£=£+k7z<:>x=3—ﬂ+3k7r, kel.
3 3 2 2

Phuong trinh 2cosx—1=0 <::>cosx:l @x:i%+k27z, kelZ.

\S}

T
> x=—+k2r7
ZCOSX—\/EZO Scosx=— & 4 kel.
2 T
x=——+k2x
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Cau 45.
Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

TXD: D=R.Tacé 2cosx—1=0 @cosx:% <:>x=i§+k27r, kel.
Phuong trinh cosx=-1 < x=7r+k2x, keZ.

cosx:—T2 @cosx:cos(%j @x:i%+k2ﬂ,kez.

Vay tap nghiém ctia phuong trinh 1a S = {x = i%[ + k2 k e Z} .
Taco: cosx=—l<x=w+k2r (keZ).
cosx=0<:>x=%+k7r (keZ).

cosx=lox=k2z (keZ).

Phuong trinh twong duong vdi cosx = —72 = cos%{ =>x= i%+ k2rx

| Xx=—a+Z+k2n
2cos(x+a)=1©cos(x+a)=§<:>x+a=i%+k27zc> 3 (keZ).
x=—a—%+k27r

Dang 2.2 C6 diéu kién nghiém
Chon A
Do |cosx| <1, Vx € R nén phuong trinh: cosx —m =0 <> cosx =m

c6 nghiém khi |m|<1 va vo nghiém khi |m|>1.

Ta c6: 4sin’ 2x—1:0c>2(1—c0s4x)—1:Oc>c0s4x:%c>x=i%+k% (keZ).

V4
X, =—
12
T
=
Do x:i£+k£€(_£;£j: 12 x40+, =0,
12 2 2°2 Sm
X, =——
12
L 5T
Lt 12
Phuong trinh:
\/Ecos(x+£j=l<:>cos(x+£j=£
3 3 2
x+£=%+k27z x="1kon
| 3 (keZ) o 65 (keZ)
x+%=—%+k27r x=-"2 kox

Vi xe [O; 271] nén x e {%,%} . Véy sb nghiém phuong trinh 14 2

Chon D.
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Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

1 ) 2x:2—ﬂ+k27z x=—+krx
cost:—E = cos2x=cos?ﬂ<:> 32 = (k EZ)
2=—T”+k27z x=—Ztkn
=>m+n=3+3=6.
Chon B
Phuong trinh:
\/Ecos(x+£j=l<:>cos(x+£j=£
3 3 2

x+Z =" kon x=Ziion
sl 32 (keZ) 65 (keZ)

x+ 2 =T ron x=-"2 oz

3 2 6

Vi xe[(); 27[] nén x e {%,’%} Vay s6 nghiém phuong trinh 1a 2
Ta co cot(er%j:\/g <:>cot(x+%j:cot%<:>x+%:%+kﬂ @x:—%+kﬂ,(keZ).

. |m=6
Vay{ =>m-n=35.

n=1
| 2x=Z v k2x x=Ztkrn
Phuong trinh 2cos2x—-1=0 < cos2x=— < 3 = 6
2 V4 /4
2x=——+k2rx X=——+krx
3 6
0<Zikn<n o< =Z
. _ 6 6 6 . k=0 6
Xét xe[0;7] < < , ma k eZ suyra ol © 5y
0<-Zikn<n |—-<k<= = =2
6 6 6 6

Vay nghiém 16n nhit ciia phuong trinh 2cos2x—1=0 trong doan [0; 7[] la x= 5?”

Ta cé cos3x—1=0<:>cos3x=1<:>x:k%[, kel.

cos 2x =~ ©2x=i2Tﬂ+k27r @x:i%+k7z, kel.
Biéu dién cac nghiém trén duong tron luong giac ta co tip cac nghiém cua phuwong trinh (1) dong
thoi 1a nghiém cua phuong trinh (2) 1a x = i2?7r+ krx, kelZ.
Ta ¢6: c0s2x:—%c> 2x:i2T”+k27r o x:i%+k7r, (keZ).
Do s6 do mot gbc la nghiém nén x =% hodc x = 277[ thoa man.
Vd 2r T o

V@ytamgiéccésédobagéclé: z,z,— hodc { —,—,—+.
333 3 66

2cosx:\/§<:>cosx=73 @xzi%+k27z,keZ.
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Ma x e 0;5—7[ va k € Z nén xe{z;ll—ﬂ;w—ﬂ}.
2 6 6 6

i x=2+kor
Cau6l. Tacod cosx=—< ,kel.
2 T
X=——+k2x
3
Xét x=%+k2ﬂ,d0 xe[-27;27] va keZ nén —27z£%+k27z£27z:>k:—1; k=0.

Xét x:—%+k27z,do xe[-27;27] va ke Z nén —27r£—%+k27r£27r:>k=1; k=0.

Vay phuong trinh ¢6 4 nghiém trén doan [-27;27].

x=rm+k2x
Cau 62. Taco cos2x+cosx =0< cos2x =cos(7+x) < p kz;; (keZz)

x=——+k=—

3 3
P s
x=—=
Vi-rr<x<r= 3
7
x==
3

Cau 63. Tacod: cos2x—cosx=0 < cos2x=cosx
{2x=x+k27z x=k2rx
=

k2m
= Sx=——:;lkeZ).
2x=—x+k2x xzszﬂ- ¥ 3 (ke )

Vi xe(0;27z) nén 0<k277[<27z<:>0<k<3.

Do keZ nén k {1;2} :>x:2T7z; xz%z.
Vay T=2Z 437 oy
3 3

Cau 64. Chon D

2cosx=«/§ = cosx:?

<:>x=ir%+k27z,keZ.

Ma x e 0;5—7[ va keZ nén xe E;M;B—ﬂ .
2 6 6 6

Dang 3. Phuong trinh tanx=a
Dang 2.1 Khong c6 diéu kién nghiém
Cau 65. Taco: tanx=m< x=arctanm+kr, (keZ).

CaAu 66. Tacotanx=+/3 <:>tanx=tan% <:>x=%+k7r, kel.

Cau 67. Taco tan3x:tanx<:>3x:x+k7r<:>x=k7ﬁ, kel.

Trinh bay lai
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ek
K- {cos3x;t0<:><:> 6 3 (*)
cosx =0 4
x¢3+k7z

Tacod tan3x:tanx<:>3x:x+k7r<:>x:k7ﬂ, k € Z.Két hop diéu kién (*)suyra x=kz, keZ

Cau 68. Chon D
Ta co: tan(3x—15°):\/§<:>tan(3x—15°):tan60°<:>3x—15°:60°+k180°
©x=25°+k60°(keZ).
Cau 69. ChonD
x/g.tanx+3=0<:>tanx=—\/§<:>x=—%+k7r.
Cau70. ChonC
tan2x:3@tanx:i\/gc:wczi%Jrkﬂ,keZ.
Cau71. Chgn A
\/§+3tanx:0c>tanx:—%bx:—%+k7z(keZ).
Cau72. ChonD
ﬁtan2x—3=o@tan2x=ﬁ@2x:%+kn@x:%+k%(kez).

Dang 2.2 C6 diéu kién nghiém
Cau73. ChonC

V4
x#—+kr
cosx =0 2

(*)

Diéu kién dé phuong trinh (1) c6 nghia
cos3x =0 w km
X#—+—
6 3

Khi @6, phuong trinh (1) 3x=x+kr < x= I%T so sanh voi dk (*)

{x =k2r ,x=€[0;30] = k ={0;...;4} = x € {0; 7;27;....;97}

x=rn+k2rx
Vay, tong cac nghiém trong doan [0;30] cua phuong trinh (1) la: 457.
Ciu74. Chon A

A. taan:1<:>tan2x:tan£<:>2x:£+k7r<:>x:£+k£(keZ).
4 4 8 2
(Vé6i k =0 nén nghiém duong bé nhit 1a x=%)
B. tan -z :x/§<:>x—£:£+k7r<:>x:7—ﬂ+kﬂ'(keZ).
4 4 3 12
A , £, 1 T
= Nghiém duong bé nhat l1a x=E.

C. cotx=O<:>cosx=0<:>x=%+k7r(keZ):> Nghiém duong bé nhét 1a x=%.
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Cau 75.

Cau 76.

Cau 77.

Cau 78.

Cau 79.

Cau 80.

Cau 81.

D. cotx:—\/g<:>cotx:cot(—%j@x:—%+kﬂ(l{eZ).
‘A . Ai 1 Sm
Chon k£ =1= Nghiém duong bé nhat la x=?.

cr . £, 1+ V2N (o
Vay gia tri nho nhat 1a x = 3 nén ta chon dap an A.

tanx=¥c>x=—%+k7z, kelZ.

Vi 0<x<27z:>x:—% hoic xzzT”.

Loi Giai.
Chon C

Taco tanx:tan?;—fcx:i—?+k7z(k62).

Do xe(%;zyzj—>%<31—’f+kn<2n%—>—o,oz7iz—>ke {0;1}.
Chon C

Tacod: tanSx—tanx =0 < tanSx=tanx < Sx=x+kzr < x:%(keZ)

Vi x€[0;7), suy ra 03%<7z<:>0£k<4ﬂ>k={0;1;2;3}

=
4

2

Suy ra cac nghiém cia phuong trinh trén [O;;r) la {0;

NG
(SRS

T m 3r 3«
Suyra O+ —+—+—=—
42 4 2
Loi Giai.
Chon A
Tacé tan(2x—15°) =1 2x—15" = 45"+ k180" < x =30" +k90° (k € Z).
2

Doxe (—900;900) —-90° <30° +£90° < 90° < —§< k <3

k=1- x=—60°
L{ * 5 —60° +30° = 30".

k=0— x=30°

Dang 4. Phuong trinh cotx=a
Dani 2.1 Khong cé diéu kién nghiém

Ta co 3cotx—\/§:O<:>cotx:?<:>cotx=cot(%j<:>x=%+k7r, (keZ).
Chon C

Ta cod 2cotx—«/§:0<:>cotx:? c>x=arccot§+k7z (keZ)

Loi Giai.
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Cau 82.

Cau 83.

Cau 84.

Cau 85.

Cau 86.

Chon A
Ta co cot(3x—1) = —\/g = cot(3x—1) = cot(—%).

PRGSO Py o SN ) AL C NI S
6 3 18 3 3 18
Dang 2.2 C6 diéu kién nghiém

Chon B

Ta co cot(x+%j=\/§ <:>cot(x+%}=cot% <:>x+%:%+k7r <:>x=—%+k7r,(keZ).

m
Véy{ =>m-n=35.
n

Chon A
Ta co cotx=ﬁ<:>c0tx=cot%<:>x=%+k7z (keZ).
Theo gia thiét, ta c6 0£%+k7rSZOISﬂL’“)—éskSZOU,%&

3L ke {0;1;...;2017} . Vay c6 tat ca 2018 gia tri nguyén cta k twong timg voi co 2018

nghiém thoa man yéu cau bai toan.

Dang 5. Mot sb bai toan tong hop
Chon B

Vi Z?W >1 la nén phuong trinh cos [2x —%] = 2?” vo nghiém.

Chon B
3x=2—2x+k2x x=F 2
A. sin3x =sin| Z-2x | < 4 o 20 5
4 RY/4

3x=7z—(£—2x)+k27z xX=—+k2x
4 4
x=Z _ox+kon

) T
B. cosx=sm2x<:>cosx=cos(5—2xj<:>
x:—(%—ij+k27r

(keZ)

T 27
x=—+k—
o ¢ 3 ken
x:Z—kZE
2
_T T
Adx=mr—6x+k271 X_EJF 5
C. cos4x:—cos6x<:>cos4x:cos(7z—6x) PN = (keZ)

4x=—(7z—6x)+k27z x—z—kﬂ

D. tan2x = —tan% & tan2x = tan(—%) S x= —%+k%(k eZ).

So sanh ta dugc dép an la B.
Chon C.
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Ta co sinx:cosx<:>\/Esin(x—gjzocx—E:kn<:>x:§+kn(keZ)

Trong [—n; n] phuong trinh c6 hai nghi¢m
Cau87. ChonD

Vi —1Ssin§$l, VxeR:sin§+2>o

Vay phuong trinh tuong duong

2cos£—1:0<:>cos£:l©£:i£+k27z
2 2 3

= x=i27ﬂ+k47t,(k IS Z)
Cau 88. Taco:

8.cos2x.sin2x.cosdx = —\/5 < 4.sindx.cosdx = —\/5 & 2.8in8x = —JE < sin8x = —%

A
X = —3—2+k2
@sinSx:sin(—Zj =S (keZ).
4 Sx /4
X=—+k—
32 4
Vay phuong trinh ¢6 nghiém (keZ).
Sr V4
x=—+k—
32 4

Cau89. Taco Sin(cos2x) =0<cos2x =krx (k EZ)
Vi cos2xe[—l;1]:>k:0:>cos2x=0c>2x=§+k17rc>x:%+k1§ (k eZ).
xe[0;27] =k, €{0;1;2;3}.

Vay phuong trinh ¢6 4 nghiém trén [0; 27[].

Cau 90. Taco: —1<sinx <1 nén phuong trinh sinx+3 =0 < sin x = -3 v6 nghiém.

A r . . . 72-
Cau91l. Taco cosdx+sinx=0< cosdx =—sinx < cosdx =sin (—x) < cosdx = cos(5+ xj

ax="1x+k2rn x:%+k2§
Rt 2 = 5 ,kel.
4x:—£—x+k27z x:—£+k—ﬂ
2 10 5

Vi xe(0;7) nén §=4—;=—;=—;—*.
6 6 10 10
A S A ‘n kx
Cau 92. Dicukién 5x# X kel (*)

Phuong trinh twrong duong cos3x.sin5x-sin7xcos5x=0 < sin2x=0 < x=k77[ .

T

Ta théy X=—,x= % khong thda man diéu kién (*) nén loai dap an A, B,.C

Vay dap an ding 1a D
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T krm
s Y
Cau 93. sin2x=cosx<:>sin2x=sin(——xj@ (keZ)
2 b
x=—+k2x
-2<x<2 -
—2<x<2 - x=2
x=2 x=2 x=-2
Cau94. J4-x’sin2x=0 < = Slx=0
x=-2 x=-2
sin2x=0 kr xziz
=7 L2

Vay phuong trinh da cho c6 5 nghi¢m.
Cau95. Taco sinx=cosx < tanx =1 <:>x=%+k7r, kel.

Vi xe(0;57r) nén ta co 0<%+k7r<57z, keZ@—%<k<%, keZ.

Do do, ke€{0,1,2,3, 4}.

Suy ra phuong trinh c6 5 nghiém thudc (0;57:) la %, 5—7[, 9—7T, Bz 17—”

2

4 4 4 4
3x=£—x+k27r x:£+kz
Cau 96. sin3x=cosx<:>sin3x=sin(£—xj<:> = 8 2.
T T
3x=m——+x+k2x x=—+kr
2 4
x=—+kr
" . ) cosx=0 T
Cau97. sin2x+cosx=0< 2sinxcosx+cosx=0<| S| x=—=+k2x,(keZ)
2sinx+1=0 6
x=7—7[+k27r
L 6

xe(0;27)=>x= E;S—”;“—”;Z
2 2 6 6
=S5=5r.

Cau 98. [] Trén khoéang (—%,%j phuong trinh 2sinx+1=0 < sinx = —% c6 hai nghiém la —% va 7?7[

') Ca hai nghiém nay déu théa phuong trinh 4cos’ x—3=0.
1 Vay hai phuong trinh c6 2 nghiém chung.
Cau 99. Taco: sinxsin7x =sin3xsinS5x <> cosb6x —cos8x =cos2x —cos8x.

_kx
6x=2x+k2r = 2 kr
& cosbx =cos2x & & Sx=—/,kel.
6x=-2x+k2x x_k_ﬂ 4
4

Cau 100. Chon C
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) 1
. ] . sinx =—
Taco sinx=cos2x < sinx=1-2sin" x < 2.
sinx =—1
i x:£+k271'
siny=— < 6 (keZ).
2 Sr
x=?+k27z

Sinx=—1<:>x:—%+k272' (keZ)

Xeét XE[0;207Z']:
1 119

Véi x=Z4k2r taco 0<Z 4 k27 <207 < ——<k<—,do keZ nén.
6 6 12 12

5 115

Voi x:S—ﬂ+k2ﬂ,tacé 035—7[+k27r£207r<:>——£kﬁ—,d0 k € Z nén.
6 6 12 12

41

Vi x:—%+k27r,tac() OS—%+k27r£207r<:>%£k£7,do k e 7 nén.

Vay phuong trinh da cho c6 30 nghiém thu¢c doan [0; 207[].
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PHAN A. CAU HOI

Dang 1. Giai va bién luin Phwong trinh bic hai d6i véi mét ham sé lwong giac
Dang 1.1 Khong can biét doi

Caul. (HONG QUANG - HAI DUONG - LAN 1 - 2018) S4 vi tri biéu dién cac nghiém ciia phuong
trinh 4cos’ x—4cosx—3=0 trén duong tron luong giac 1a?
A. 2. B. 0. C. 1. D. 4.

CaAu2. Phuong trinh cos®2x +cos 2x—%=0 c6 nghiém 1a:
A.xzi%+k7z. B.x:i%+k27z. C.x:i%z+k7z. D.x:i%+k7z.

Cau 3. Nghiém cta phuong trinh 2sin’ x —5sinx -3 =0 la:

A. x=£+k7z;x=7z+k27z. B. x:£+k27z;x:5—7z+k27z.
2 4 4

C. x=—£+k27r;x=7—”+k2ﬂ. D. x=£+k27z;x=5—”+k27r.
6 6 3 6

Nghiém ctia phuong trinh sin® x = —sin x+21a:
Cau 4.
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Cau 5.

Cau 10.

Cau 11.

Cau 12.

A x=kr. B.x:£+k27r. C.x:%+k7r. D.x:%+k27r.

Nghiém ctia phuong trinh 2cos’ x—3cosx+1=0 la:

A. x=k27r;x=i%+k27z. B. x=—7z+k27z;x=i27ﬂ+k27r.
C. x:%+k27r;x:£+k27z'. D. x:k27r;x:i%+k27z'.
Nghiém cta phuong trinh 3cos® x = — 8cosx -5 la:

A x=rm+k2rx. B. x=k2x. C.x:i%+k27r. D. x=kr.

[S¢é GD va DT Cin Tho - ma 301 - 2017-2018-BTN] Nghi¢ém cua phuong trinh
sinx—4sinx+3=0 1a

A x=k2r, kel B.x:—%+k27r,keZ.
C.x=rn+k2z, keZ. D. x:§+k27z,keZ.

Nghiém ctia phuong trinh luong gidc sin® x—2sinx =0 c¢6 nghiém la:

A x=k2r. B. x=kr. C.x:%+k7z. D.x:%+k27z.

Dang 1.2 Bién d6i quy vé phuong trinh bac hai

(THPT CHUYEN BAC NINH LAN 01 NAM 2018-2019) Nghiém cua phuong trinh

sin® x +cos* x+cos| x == |-sin| 3x-= —§=O la
4 4) 2

A. x=%+k7r,keZ. B. x:§+k2ﬂ',keZ.

C. x=%+k27t,keZ. D. x:%+kﬂ',keZ

(LOP 11 THPT NGO QUYEN HAI PHONG NAM 2018-2019) Cho phuwong trinh
2cos2x—cosx+1=0.Khidat ¢t =cos x, ta dugc phuong trinh nao dudi day?

A 282 +t+1=0 B.t+1=0 C. -4 —t+3=0 D. 4 —t—1=0

(PE THI THU LOP 11 TRUONG THPT YEN PHONG LAN 1 NAM 2018 - 2019) Phuong
trinh cos2x+5sinx—4 =0 c6 nghi¢m la

A Xiion. B. Fikn. C. kn. D. +X 1 kon
2 2 4

(THPT LE QUY PON PIEN BIEN NAM 2018-2019 LAN 01) Tim nghiém cta phuong trinh
cos2x—2sinx=-37

A. x=§+kn,keZ. B. x=i§+kn,keZ.

C.x=§+k2n,keZ. D.x=—§+k2n,kez.
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Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

(CHUYEN LONG AN - LAN 1 - 2018) Cho phuong trinh cos2x +sinx+2 =0 . Khi dat 7 = sin x
, ta dugc phuong trinh nao dudi day.

A 2t +t+1=0. B. t+1=0. C. 2 +t+3=0. D.2+t+2=0.
(PHAN PANG LUU - HUE - LAN 1 - 2018) Giai phuong trinh 3sin® x—2cosx+2=0.
A.x=§+kﬂ',keZ. B. x=kn,keZ. C.x=k2r,keZ. D.x:%+k27z,keZ.
(PHAN PANG LUU - HUE - LAN 1 - 2018) Tim tit ca cac nghiém cua phuong trinh

tan x + 3cotx—\/§—1:0 la:

xX=—+krx xX=——+krx

Al % kez. B 4 ez
xX=—+krx x=—+krx
xX=—+k2x X=—+kr

C ,keZ.D kel
xX=—+k2x X=—+kr

(THPT LE HOAN - THANH HOA - LAN 1 - 2018) Cho phuong trinh
cos 2(x +§) +4cos (% - xj = % Khi dat ¢ =cos (% — xj , phuong trinh da cho tr¢ thanh phuong
trinh nao dudi day?

A. 48 +8t-5=0. B. 4 -8t-3=0. C. 4 -8+3=0. D. 4 -8+5=0.
(THPT MQ DUC - QUANG NGAI - 2018) Cho phuong trinh: cos2x+sinx—1=0 (*). Bang
cach ddt 7 =sinx (—1<¢<1) thi phuong trinh (*) tr¢ thanh phuong trinh nao sau day?

A. 28 +1=0. B. > +t-2=0. C. 20+t-2=0. D. > +t=0.

(SO GD&DPT NAM DPINH - HKI I - 2018) Giai phuong trinh cos2x+5sinx—4=0.

A. x=§+kn‘. B. x=—§+kn. C. x=k2x. D. x=§+k2n.

Dang 1.3 C6 diéu kién ctia nghiém

Nghiém ciia phuong trinh 2sin® x —3sin x+1 =0 thoa diéu kién: 0 < x < % .

A x=-2. B. x=2, Cc.x==, D. x=2.
2 6 4 2
(THPT Chuyén Béic Ninh - Lan 2 - 2017 - 2018) Tim nghiém cua phuong trinh luong giac
cos’ x—cos x =0 thoa man diéu kién 0<x<7.
A x=1x. B.x=2. C. x=Z. D. x=0.
4 2

Nghiém duong bé nhit ctia phuong trinh: 2sin® x+5sinx—3=0 la:
A x=2, B. x=2. C.x:3—7r. D.x:S—”.

6 2 2 6
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Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

(THPT Quéang Xwong 1 - Thanh Héa - 2018 - BTN) Tim tong tit ca cic nghiém thudc doan
[0;107] ctia phuong trinh sin® 2x +3sin2x+2=0.

A 1057r' B. 1057r' C. 2977z' D. 2997r.

2 4 4 4
(THPT LE VAN THINH BAC NINH NAM 2018-2019) Phuong trinh cos2x+4sinx+5=0 ¢
bao nhiéu nghiém trén khoang (O; 107[) ?
A. 5 B. 4 C.2 D. 3
(CHUYEN KHTN LAN 2 NAM 2018-2019) Phuong trinh cos2x+2cosx—3=0c6 bao nhiéu
nghiém trong khoang (0;2019)?
A. 320. B. 1009. C. 1010. D. 321.
(THPT CHUYEN QUANG TRUNG - BP - LAN 1 - 2018) Phuong trinh cos2x+4sinx+5=0
c6 bao nhiéu nghiém trén khoang (0;107) ?
A.S. B. 4. C.2. D. 3.
(TOAN HOC VA TUOI TRE SO 1 - 2018) Tinh tong S cac nghiém ctua phuong trinh
(2cos2x+ 5)(sin4 x—cos’ x) +3=0 trong khoang(0;27).

11z T

ASZ? B. S=4r. C. S=5rx. DSZ?

(CHUYEN DHSPHN - 2018) S6 nghiém thudc khoang (0;37r) cia phuong trinh

coszx—l—gcosx—l—lzo la

A 4. B. 3. C. 1. D. 2.

(CHUYEN BAC NINH - LAN 2 - 2018) Tim nghiém cta phuong trinh lugng giac
cos’ x—cosx =0 théa méan didu kién 0<x< 7.

A x=Z. B. x=0. C.x=r. D. x=2,
2 4

(SGD - HA TINH - HK 2 - 2018) Phuong trinh cos2x+cosx=0 co bao nhiéu nghiém thudc

khoang (-7;7)?

A l. B. 4. C. 2. D. 3.

(THPT CAN LOC - HA TINH - LAN 1 - 2018) S6 nghiém cua phuong trinh
) 1 . )

s1n(2x+9—2ﬂj—3cos(x—%j=1+2smx voi x e[0;2n] la:

A. 6. B. 5. C. 3. D. 4.

(THPT CHU VAN AN - HKI - 2018) Phuong trinh 4tan”* x—5tanx+1=0 c6 m nghiém trong

Khodng (_2012772;201277rj?

A. m=2017. B. 4032. C. m=4034. D. m=2018.
(THPT CHU VAN AN - HKI - 2018) Trong khoang (0; 27), phuong trinh

cos2x+3cosx+2=0 c6 tit ca m nghiém. Tim m .
A.-m=1. B.m=3. C.m=4. D.m=2.
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Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

(QUANG XUONG - THANH HOA - LAN 1 - 2018) Tim tong tat ca cac nghiém thudc doan
[0;107] ctia phuong trinh sin® 2x+3sin2x+2=0.
A 1057 g 1057 c 2977 D, 2997

2 4 4 4
(SO GD&DT YEN BALI - 2018) Tinh tong tat cd T céc nghiém thuc doan [0;2007] cua phuong
trinh 2cos® x+3sinx+3=0

A. T=101507 . B. T'=100507 . C. T:104§3”, D, T:2032017f_

(THPT LE HOAN - THANH HOA - LAN 1 - 2018) S6 nghiém cta phuong trinh

cos2x + 3|c0s x| —1=0 trong doan [—%,%} la:

A. 4. B. 3. C. 2. D. 1.

(THPT LUONG PAC BANG - THANH HOA - LAN 1 - 2018) Tinh téng S cac nghiém cua
phuong trinh (2cosx +5)(sin* % —cos’ %) +3=0trong khoang (0;27)

A s=1Z B.s=2Z. c.s=21. D.s=1Z
12 2 12

Dang 2. Giai va bién luan Phuong trinh bac nhat déi véi sin va cos
Dang 2.1 Khong can bién doi

(PEN I - THAY LE ANH TUAN - PE 3 - NAM 2019) Tép xac dinh cua ham s sau

B tan 2x
\/gsin2x—cos2x '

A D:R\{Z+k£;£+k£;keZ}. B. D:R\{1+k1;f+k1;kez}
4 " 2127 6 275

C. D:R\{fwcf;kf;kez}. D. D:R\{1+k1;1+k1;kez}.
4" "2 377212 2

(SGD&DPT BAC NINH - 2018) Phuong trinh J3sin2x—cos2x=2 ¢ tap nghiém la

A.S:{%+k7ﬂ|kez}. B.S:{%’Twczmkez}.

C.5=1%+krlkezt.D. =T tir|kez!.
3 12
(XUAN TRUONG - NAM DINH - LAN 1 - 2018) Tét ca cac nghiém cua phuong trinh
sinx++/3cosx=1 la:
x=-Zikorn

A x="4k2r. keZ.B. 6 keZ.
6 T
x=—+k2x
2

C. x:%z—i-kﬂ, keZ. D. x:%+k2ﬂ', kel.

Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong




CAC DANG TOAN THUONG GAP

DT:0946798489

Cau40. (CHUYEN VINH PHUC - LAN 1 - 2018)Tat ca cac ho nghiém cta phuong trinh sin x + cos x =1

la
x=k2rx

,kel.
x=£+k27z

C. x:%+k27z, keZ.D.

x=£+k27r

x=-Zikor
4

B. x=k27,keZ.

Ciu41. (PHAN PANG LUU - HUE - LAN 1 - 2018) Phuong trinh sinx + J3cosx=1 cb tap nghiém la:

A {—%+k7r;—%+k7z},véri keZ.

C. {—%+k2ﬂ;—%+k27z},vé’i kel.

B. {—%+k27r;%+k27r},véi kelZ.

D. {%+k2ﬂ;%+k2ﬂ'},vcﬁ kel.

Cau42. (THPT HAI BA TRUNG - HUE - 2018) Giéi phuong trinh sin3x +cos3x=+/2..

A x=2iknkeZ. B.x=2+kZkez.
3 6 3

T 27

C.x==+k—,ke€Z. D.x=—+k—,keZ.
9 3 12 3

Dang 2.2 Can bién d6i

Cau43. (CHUYEN BAC NINH - LAN 2 - 2018) Giai phuong trinh 2sin® x ++/3 sin 2x =3

A. x:—£+k7z.
3

B. x=£+k7z.
3

C. xzz?ﬂ+k7z.

D. xzs?ﬂ+k7r

Chu 44. Giai phuong trinh /3 cos(x + %J +sin [x _%j =2sin2x.

4 2
xX=—+k—
Al B3 ez
s 2
X=——+k—
18 3
x=7—7[+k27z
C 6 kel
b 2
X=——+k—
L 18 3

x:S—ﬁ+k2ﬂ'
6

Nghiém ctia phuong trinh sin” x ++/3sinxcosx =1 la:

Cau 45.
V4

A. x=—+k27r;x=5—ﬂ+k27z.
6 6
Coxe-Zikomx=—Z kor.
6 6

Cau 46. Phuong trinh sinx +cosx =

2sin5x c6 nghiém la:.

B. x=£+k27r;x=£+k27z.
2 6

D. x:£+k7r;x=£+k7r.
2 6

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong 7




CAC DANG TOAN THUONG GAP PT:0946798489

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

x=Z4iZ x=L ik x=% k% x=% k%
Al 42 B.| 2 2. ¢ . D .
x=Z1rZ x=2 k2 x=Z4kZ x=Z4kZ
6 3 24 3 8 3 9 3
Phuong trinh: 3sin3x+ J3sin9x =1+4sin’ 3x ¢6 cac nghiém la:
x=—£+k2—ﬂ x=—£+k2—ﬂ Xx=—tt 2 x=—£+k2—ﬂ
A. >4 29. B. 79 9. C. 712 29. D. 76 9
x=Z 4k Z x=Z k— x=Z 2T x=Z k—
18 9 Y 9 L 12 9 "6 9

(THPT Yén Pinh - Thanh Héa - Lan 1 - 2017 - 2018 - BTN) Nghiém cua phuong trinh

sinx—+3cosx=2sin3x la
A x=Zik” keZ. B x=Zikor hoic x=2EF k2w kel
3 2 3 3
C. x:—%+k27r hoac x:477r+k27r, keZ. D. x:%+k7z hoac x:%+k2?7[, kel.

Dang 2.3 C6 diéu kién cua nghiém
Dang 2.3.1 Piéu kién nghiém

(THPT Pirc Tho - Ha Tinh - Lan 1 - 2017 - 2018 - BTN) S nghiém cta phuong trinh
cos’ x —sin 2x = /2 + cos’ (%+ x} trén khoang (0;37[) la

A. 4. B. 1. C. 2. D.3.

(THPT Chuyén Ha Long - QNinh - Lan 1 - 2017 - 2018 - BTN) Tinh tong tat ca cac nghiém

thudc khoang (O;ﬂ) cua phuong trinh:

x/zcos3x:sinx+cosx.

A 37, B. 7. C.z. D. Z.
2 2
Tinh tong T cac nghiém cta phuong trinh cos” x —sin 2x = V2 +sin’ x trén khoang (0; 27[).
A T_37r B. T_77r C. T_217z D. T_llzz
4 8 8 4

Bién dbi phuong trinh cos3x —sin x = /3 (cos x —sin3x) vé dang sin(ax+b)=sin(cx+d) véi b

, d thudc khoang [—g 5) Tinh b+d .

A b+d==. B. b+d==. C.b+d=-2. D.b+d=21
2 4 3 12

S6 nghiém cua phuong trinh sin Sx + J3cos5x=2sin7x trén khoang (O; %) 1a?
Al B. 3. C. 4. D. 2.

(TOAN HOC TUOI TRE SO 5) Phuong trinh /3 cosx +sinx=-2 ¢ bao nhiéu nghiém trén
doan [0;40357]?
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Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

A. 2016. B. 2017. C. 2011. D. 2018.

(THPT CHUYEN QUANG TRUNG - BP - LAN 1 - 2018) Tim goc « e{%;%;%;%} dé

A a=Z B.a=2. C.a=Z. D.a=2
6 4 2 3

(THPT CHU VAN AN - HKI - 2018) Cho phuong trinh sin x+cosx =1 co hai ho nghiém co
dang x=a+k2z va x=b+k2z (0<a,b<r).Khidé a+b bing bao nhiéu?

A.a+b=2§. B.a+b=3?7[. C.a+b=%. D.a+b=r.

(THPT THANH MIEN I - HAI DUONG - LAN 1 - 2018) Phuong trinh sinx—+/3 cosx =0 co
bao nhiéu nghigm thude [-27;27].

A.S. B. 2. C. 3. D. 4.

(LIEN TRUONG - NGHE AN - LAN 2 - 2018) Téng cac nghiém cua phuong trinh

2cos’ x++/3sin2x =3 trén (0;57”} la:

AR B /. c. 1= D. 2x.

6 3 2
(THPT HA HUY TAP - HA TINH - LAN 1 - 2018) Tinh téng T céc nghiém ciia phuong trinh

cos” x —sin 2x = /2 + cos’ (% + xj trén khoang (0;27).

AT=1%. B. 7=2% c.r=17 D 7=2%.
8 8 4 4

Goi x, 1a nghiém 4m 16n nhat ciia sin9x +~/3 cos 7x =sin 7x +~/3 cos9x . Ménh d& nao sau day 1a
ding?

A. x, € —Z;—Z . B. x, e —i;O . C.x, e —Z;—i . D.x, e —Z;—Z .
2 3 12 6 12 36

Dang 2.3.2 Pinh m dé phuong trinh ¢6 nghiém

(CHUYEN QUOC HOC HUE NAM 2018-2019 LAN 1) Tim diéu kién can va di cua a, b, ¢ dé
phuong trinh a sinx+bcosx = c¢ ¢b nghiém?

A. a’+b*>¢? B. a* +b* <¢? C.a*+b*=¢* D. a’+b* >¢?

(THPT THIEU HOA — THANH HOA NAM 2018-2019 LAN 01) Tim m dé phuong trinh

3sinx—4cosx =2m cb nghi¢ém?

A. —§<mS§ B.ms—é C.ng D. —ESmSé
2 2 2 2 2 2

(THPT CHUYEN VINH PHUC NAM 2018-2019 LAN 02) C6 bao nhiéu gia tri nguyén cia
tham s6 m thudc doan [—2018; 2018| dé phuong trinh

(m+1)sin® x —sin 2x + cos 2x = 0 c6 nghiém?
A. 4036 B. 2020 C. 4037 D. 2019
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Cau 64.

Cau 65.

Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

(CUM LIEN TRUONG HAI PHONG NAM 2018-2019 LAN 01) Tim s6 céc gia tri nguyén cta
m dé phuong trinh mcosx—(m+2)sinx+2m+1=0 c6 nghiém.
A0 B.3 C.vo sb D. 1

(PE THI THU LOP 11 TRUONG THPT YEN PHONG LAN 1 NAM 2018 - 2019) DBé phuong
trinh msin2x+cos2x =2 ¢6 nghiém thi m thoéa man:

mZ\/g mZ\/E
[rE [

(THPT LE VAN THINH BAC NINH NAM 2018-2019) Tong tit ca cac gia tri nguyén ciia m
dé phuong trinh 4sinz + (m — 4) cosz —2m + 5 = 0 co6 nghiém la:
A5 B. 6 C. 10 D. 3

(THPT CHUYEN VINH PHUC LAN 02 NAM 2018-2019) C6 bao nhiéu gia trj nguyén cta
tham s6 m thudc doan [-2018;2018] dé phuong trinh (m+1)sin®x—sin2x+cos2x=0 c6

A. m<l1. D. m=>1.

nghiém?
A. 4036. B. 2020. C. 4037. D. 2019.

(THPT CHUYEN QUANG TRUNG BINH PHUGC NAM 2018-2019 LAN 01) S6 céc gié tri
nguyén m dé phuong trinh

\4m—4.sinx .cosx++/m—2.cos2x =+/3m—9 c6 nghiém la

A.7 B.6 C.5 D.4

Tim diéu kién ctia m dé phuong trinh (2m—1)cos2x+2msinxcosx =m—1 v nghiém?
A.-med. B. me(—oo;O]u[%ﬁooj.

C.OSmSl. D.0<m<%.

(THPT CHUYEN LUONG VAN CHANH - PHU YEN - 2018) Cho phuong trinh

2msinxcosx+4cos’ x =m+5, véi m 1a mot phan tir clia tp hop E ={-3;—-2;-1;0;1;2} . C6 bao

nhiéu gié tri ciia m dé phwong trinh d4 cho c6 nghiém?

A. 3. B. 2. C.6. D. 4.
(THPT TRIEU THI TRINH - LAN 1 - 2018) Tim m d& phuong trinh sau c6 nghiém
_cosx+2sinx+3
2cosx—sinx+4
A. -2<m<0. B. -2<m<-1. C.0<m<l1. D.%SmSZ.
(THPT CAN LOC - HA TINH - LAN 1 - 2018) Tdng tit ca cac gia tri nguyén ciia m dé phuong

trinh 4sinx+(m—4)cosx—2m+5=0 co nghiém la:

A. 5. B. 6. C. 10. D. 3.

(THPT CHUYEN NGUYEN QUANG DIEU - PONG THAP - 2018) Tim gi4 tri nguyén 16n
nhit cia a dé phuong trinh gsin® x +2sin 2x +3acos> x =2 c6 nghiém

A g=3. B.a=2. C.a=1. D.ag=-1.

(CHUYEN LONG AN - LAN 1 - 2018) Tim tit ca gia tri nguyén cia m dé phuong trinh
8sin’ x+(m—1)sin2x+2m—6=0 c6 nghiém.
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Cau 75.

Cau 76.

Cau 77.

Cau 78.

Cau 79.

Cau 80.

Cau 81.

Cau 82.

A. 3. B. 5. C.6. D. 2.

(THPT LUONG VAN TUY - NINH BINH - LAN 1 - 2018) Sé gié tri nguyén cia tham sb m
thudc doan [-2018; 2018] dé phuong trinh

(m+1)sin® x —sin 2x +cos 2x = 0

A. 4037 . B. 4036. C. 2019. D. 2020.

(THPT LE VAN THINH BAC NINH NAM 2018-2019) Tim m d& phuwong trinh
cosx+2sinx+3 n

m= - c6 nghiém.
2cosx—sinx +4

A 2<m<0 B.0<m<1 C.%Sm£2 D. 2<m<-I

Dang 2.3.3 St dung diéu kién c6 nghiém dé tim Min-Max

(SO GIAO DUC PAO TAO VINH PHUC NAM 2018 - 2019 LAN 01) Cho ham sb
= 31.nx+ 2cosx+1 ¢6 M,m lan luot 1a gia tri 16n nhét, gia tri nho nhit cua y . Dang thic nao
sinx+cosx+2
sau day dang?
-3
A M>—m*=-3. B. Mz—m2=7. C. M*-m’=3. D. M*—-m*=2.
(PE THI THU LOP 11 TRUONG THPT YEN PHONG LAN 1 NAM 2018 - 2019) S6 gia tri
A NI £ cosx+2sinx+3 .
nguyén trong tap gia tri cia ham s6 y = - la:
2cosx—sinx+4
A. 0 B. 2 C.1 D. 3
(THPT LE VAN THINH BAC NINH NAM 2018-2019) Gi4 tri nho nhat m va gia tri 1on nhét

sinxz +2cosz +1 .,

M ciahamsé y = la

sinz + cosx + 2
A.m:—%;le B m=1, M=2 Cm=-2;M=1 D m=-1,M=2

(THPT CHUYEN LAM SON THANH HOA NAM 2018-2019 LAN 01) Gi4 tri 16n nhét coa
sinx—2cosx—3 ..

biéu thuc P="— 1a2
2sinx+cosx—4
2 B. 2 C.3 D. 2
11 11
(LOP 11 THPT NGO QUYEN HAI PHONG NAM 2018-2019) C6 bao nhiéu gié tri nguyén cta
tham s m dé gia tri 16n nhat ctia ham sé y = msinxt1 nho hon 3.
cosx+2

A5 B. 4 C.3 D. 7

Dang 3. Giai va bién luidn Phwong trinh ding cip
Dang 3.1 Khéng c6 diéu kién cua nghiém

(TRUONG THPT LUONG TAI SO 2 NAM 2018-2019) Khi dat ¢ =tanx thi phuwong trinh
2sin® x+3sinxcosx —2cos’ x =1 tré thanh phuong trinh nao sau day?
A 267 -3t-1=0 B. 3’ -3t-1=0 C. 27 +3t-3=0 D. £ +3t-3=0
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Cau 83.

Cau 84.

Cau 85.

Cau 86.

Cau 87.

Cau 88.

Cau 89.

Cau 90.

(CHUYEN BAC NINH - LAN 1 - 2018) Gidi phuong trinh 2sin® x ++/3 sin 2x =3.
A.x=2—ﬁ+k7z. B. x=2+kr. C.x=4—7[+k7z. D.x=5—7[+k7r
3 3 3 3
Phuong trinh: 3cos® 4x + 5sin® 4x = 2 — 2+/3 sin4xcos4x c6 nghiém la:
A x=—Z4 kX B. x=-2+kZ,
18 3 24 4
C. x=—2+kr. D. x=—— kX
6 12 2

Cho phuong trinh cos® x —3sin xcosx +1 = 0. Ménh dé nao sau day 14 sai?

A. Néu chia hai vé ciia phuong trinh cho cos® x thi ta duoc phuong trinh tan® x—3tanx+2=0.
B. Néu chia 2 vé ctia phuong trinh cho sin® x thi ta dugc phuong trinh 2 cot> x+3cotx+1=0.
C. Phuong trinh da cho twong duong véi cos2x—3sin2x+3=0.

D. x =kx khong la nghiém ctia phuong trinh.

Phuong trinh: («/5 + l)sin2 x—2+/3sinxcosx+ (\/g —1) cos’ x =0 co cac nghiém la:

T T
P R (Véitana=2—+3), B.| ¥ T8 T (vsitana=—143).
x=a+kr | x=a+krx
T i T
C|*TFT (veitma=1-y3). b. | =TT vsitna=—2+43).
| x=a+krx x=a+krx

Trong cac phuong trinh sau, phuong trinh nao tuwong duong véi phuong trinh
sin’ x—(x/§+l)sinxcosx+ 3 cos’x=+3.

A. sin(x+£J:1. B. (cosx—l) tanx—\/g-|r1 =0.
2 1-43

C. (tanx+2+\/§)(coszx—l)=0. D. sinx=0.

Goi S 14 tap nghiém cta phuong trinh 2sin® x +3+/3 sin xcosx —cos’ x = 2. Khang dinh nao sau
day la dung?

A. 2;5—” c S. B. 2;5—” c S. C. z;7r c S. D. Z;z cS.
4 12 2 6 3 6 2

Cho phuong trinh (ﬁ —l)sin2 X+sin2x + (\/5 + l)cos2 x—+/2 =0. Trong c4c ménh dé sau, ménh
dé nao sai?
A. Néu chia hai vé ciia phuong trinh cho cos” x thi ta duoc phuong trinh tan® x—2tanx—1=0.

B. Néu chia hai vé ctia phuong trinh cho sin® x thi ta dwgc phuong trinh cot® x+2cotx—1=0.
C. Phuong trinh da cho tuong duong voi cos2x—sin2x =1.

D. x= %r la mgt nghiém cta phuong trinh.

(Chuyén Bic Ninh - Bic Ninh - Lan 1 - 2018 - BTN) Giai phuong trinh 2sin® x + Jsin2x=3.

A.x=%+k7r. B.x=47”+k7r. C.xstﬂ+k7z. D.x:ZT”Hm.
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Cau 91.

Cau 92.

Cau 93.

Cau 94.

Cau 95.

Cau 96.

Cau 97.

Cau 98.

Cau 99.

Phuong trinh 6sin’ x+7/3sin2x—8c0s’ x =6 ¢6 céc nghiém la:.

x=3—ﬁ+kﬁ x=£+k7r x=£+k7r x=£+k7r

A 24 . B| 2 . c| * p.| 8
x:—ﬁ+k7z x:£+k7r x:£+k7r x:£+k7r

3 6 3 12

Giai phuong trinh sin® x —(\/5 + l)sinxcosx ++/3cos’ x=0.

x=—+knx
Al 3 (ken). B. x=Z+kr (keZ).
T 4
x=—+knr
x=21kon
c| 2 (keZ). D. x=21k27 (keZ).
Vs 3
x=z+k27r

(THPT CHUYEN BAC NINH - LAN 1 - 2018) Giai phuong trinh 2sin’ x ++/3 sin2x =3.
A.xzz?ﬁ—i-kﬂ. B.x=%+k7r. C.xz%z—i-kﬂ. D.xzs?”+k7r.

Dang 3.3 C6 diéu kién ciia nghiém

(Chuyén KHTN - Lan 3 - Nim 2018) Phuong trinh 4sin® 2x —3sin 2x cos 2x —cos” 2x = 0 ¢ bao
nhiéu nghiém trong khoang (0;7)?

A 4. B. 2. C. 3. D. 1.

S6 nghiém ciia phuong trinh cos® x —3sin xcosx +2sin® x = 0 trén (—27r;27z) ?

A. 4. B. 6. C. 8. D. 2.

Nghiém am lon nhét cua phwong trinh 2sin’ x + (1 - \/g)sinxcosx + (1 - \/5) cos’ x =11a:

N B. -~ c. - L. p. -Z.
3 12 6 4

Nghiém duong nhé nhét ctia pt 4sin® x +3+/3 sin2x—2cos’ x =4 1a;
A x=—. B. x=—. C.x==Z. D. x=Z.
2 6 4 3
(THPT CHUYEN VINH PHUC NAM 2018-2019 LAN 3) Goi x, la nghiém dwong nhé nhat

cta phuong trinh 3sin? x + 2sin xcos x —cos® x = 0. Chon khing dinh ding?

Al x, e 7z;3—7[ B. x, e £;7z C. x, e 0;Z D. x, e 3—”;27[
2 2 2 2

(THPT CHUYEN KHTN - LAN 3 - 2018) Phuong trinh 4sin® 2x —3sin 2xcos2x—cos’ 2x =0
c6 bao nhiéu nghiém trong khoang (0; 72) ?2.
A. 1. B. 2. C. 3. D. 4.
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Cau 100

Cau 101.

Cau 102.

Cau 103.

Cau 104.

Cau 105.

Cau 106.

Dang 3.3 Pinh m dé phuong trinh c6 nghiém

. (TOAN HQC TUOI TRE SO 6) Vi gi4 tri 16n nhat cia a bang bao nhiéu dé phuong trinh
asin® x +2sin2x + 3acos’ x = 2 ¢ nghiém?
A. 2. B.E. C. 4. D.§.
3 3

(THPT CHU VAN AN - HKI - 2018) Tim tit ca cic gia tri cia m dé phuong trinh
3sin’ x +msin2x —4cos’ x =0 c6 nghiém.
A.-med. B.meR. C.m=>4. D. m=4.

Dang 4. Giii va bi¢n luan Phwrong trinh déi ximg
Dang 4.1 Khong c6 diéu kién cia nghiém

Phuong trinh sinx+cosx =1-— %sin 2x cd nghiém la:.

7 7 =2k Z =2k
x="+kr x==+k2rx Y=Lt X=gthT
A. 4 . B. 2 . C. . D.
x=kx x=k2rx x=kZ x=kZ
4 2

Giai phuong trinh sin x cos x +2(sin x +cos x) =2.

T T
AT ez B YT ke
_x=k27r _x=k27r
[ T [ T
c | T2 kezp |2 kez
_x=k7z _x=k72

Cho phuong trinh 3x/§(sin x+cosx)+2sin2x+4=0.Dit 1 =sinx+cosx, ta duoc phuwong trinh
nao duoi day?

A 20 4+321+2=0. B. 47 +3J21+4=0.

C. 27 +3v21-2=0. D. 47 +3\J21-4=0.

Cho phuong trinh 5sin2x+sinx+cosx+6=0. Trong cac phuong trinh sau, phuong trinh nao
tuong duong véi phuong trinh da cho?

A. 1+tan’*x=0. B. cos| x—= :ﬁ.
4 2
C. tanx=1. D. sin x+Z :ﬁ.
4 2
Phuong trinh 2sin2x ~3J6 |sinx+cosx|+8=0 c6 nghiém la:
A. 56 . B. ;2 . C. ; . D. 4
x:—”+k7z x:—ﬂ+k7z x:—ﬂ+k7z x=5r+krx
4 12 3
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Cau 107.

Cau 108.

Cau 109.

Cau 110.

Cau 111.

Tu phuong trinh (1+ﬁ)(cosx+sinx)—2sinxcosx—\/§—1:O,néu ta dat = cosx+sinx thi gia

tri cua ¢ nhan duoc la:
A t=3. B. t=1hoic t=+2.
C.t=1hoéct=x/§. D.t=1.

. I . )
Phuong trinh sin’ x +cos’ x = I—Esm 2x ¢6 cac nghiém la:.
3z V4 T X 3—7r+k7r
x=—+k2x x=—+krx x=—+k2rx 4
A. 2 . B. 4 . C. 2 . D.
x=(2k+1)7r x=kr x=k2r x=k%

Dang 4.2 C6 diéu kién ctia nghiém

(SGD Ba Ria - Viing Tau - Lan 1 - 2017 - 2018 - BTN) Cho X, la nghiém cua phuong trinh

sinxcosx +2(sinx+cosx) =2 thi gia tri cua stm(onij la

V2 V2

A.P=l. B. P=——. C.P=—. D. P=1.
2 2 2
Néu (1+sinx)(1+cosx) =2 thi cos(x—%j bang bao nhiéu?

Cho x théa man 6(sinx—cosx)+sinxcosx+6=O. Tinh cos(x+%).

A. cos(x+£j=—l. B. cos(x+£j=l.
4 4

C cos(x+£)—L D cos(x+£j——L
. 1 \/5 ) 2 \/5

Caull2. SO GD VA DT HUNG VYEN NAM 2018) Tu phuong trinh
(1+\/§)(sinx—cosx)+sin 2x—1-+/5=0 ta tim duoc sin(x—%j c6 gia tri bang:
A B B3 c. 2 p. Y2,
2 2 2 2
Cau 113. Tir phuong trinh 2 (sinx+cosx)=tanx+cotx, ta tim dugc cosx co gia tri bang:
A. 1. B. —Q. C. Q D. -1.
2 2
Céu 114. Néu (1+\/§)(sinx—cosx)+sin 2x—-1-+/5=0 thi sinx bang bao nhiéu?
A. sinx:—z. B. sinxzﬁ hoac sinx:—ﬁ.
2 2 2
C. sinx=-1 hoac sinx=0. D. sinx =0 hoac sinx =1.
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Cau 115.

Cau 116.

Cau 117.

Cau 118.

Cau 119.

Cau 120.

Cau 121.

Cau 122.

Cho x thoa man phuong trinh sin2x+sinx—cosx =1. Tinh sin (x - %)

A. sin x—Z =0 hoac sin[x—zjzl.
4 4
2

B. sin x—z =0 hoac sin x—z =—.
4 4 2

C. sin x—E =——.
4

D. sin x—Z =0 hodac sin x—Z :—Q.
4 4 2

Nghiém am 16n nhit ciia phuong trinh sinx +cosx =1 —%sin 2x la:
A -x. B. -7 C. -2r. D. -Z.
2 2

(THPT Phan Chu Trinh - PakLik - 2017 - 2018 - BTN) Tong cic nghiém cua phuong trinh
sinxcosx +[sinx +cosx| =1 trén khoang (0;27) la:

A. 4rm. B. 3m. C. . D. 2m.

(THPT DOAN THUQNG - HAI DUONG - 2018 2019) Cho x, la nghiém ciia phuong trinh

sinxcosx+2(sinx+cosx) =2 thi gid tri cia P =3+sin2x, la

J2

A. P=3. B. P=2. C. P=0. D. P:3+7

(TOAN HQC TUOI TRE - THANG 4 - 2018) Phuong trinh +/1+sinx+~/1+cosx=m ¢6
nghiém khi va chi khi

A 2<m<2. B.l<m<~4+2J2. C.1<m<2. D.0<m<lI.

(THPT PHAN CHU TRINH - PAC LAC - 2018) Téng cac nghiém cua phuong trinh
sinxcosx+|sinx+cosx|=1 trén khoang (0;27) la:
A. 2m. B. 4x. C.3m. D. &.
Tu phuong trinh 1+sin’ x +cos’ x = %sin 2x, ta tim dugc cos(x +%j c6 gia tri bang:
A Y2 B Y2 ¢ 2, D1
2 2 2
Cho x thoa man 2sin2x—3/6sinx+cosx|+8=0. Tinh sin2x.
A. sin2x=—l. B. sin2x=—£. C. sin2x=l. D. sin2x=—2.
2 2 2 2

Dang 5. Bién d6i dwa vé phwong trinh tich
Dang 5.1 Khong c6 diéu kién ctia nghiém

Céu 123. (THPT CHUYEN BAC NINH - LAN 1 - 2018) Giai phuong trinh sin 3x —4sin x cos 2x = 0.

Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong 16




CAC DANG TOAN THUONG GAP PT:0946798489

xzkz—ﬂ- x=k—ﬂ x=k2x x=krx
A 3 B. 2 c| .z AR
xzi?ﬂ-—i-kﬂ x=i%+k7z X=Egrh X=E g

Cau 124. (THPT YEN LAC - LAN 4 - 2018) Tap tit ci cac nghiém cua phuong trinh
sin 2x+2sin’ x —6sinx—2cosx+4 =0 1a

A.x:i%+k27r,keZ. B.x:—%+k27z,keZ.

C. x:%+k27z, kelZ. D. x=%+k7z, kelZ.
Dang 5.2 C6 diéu kién ctia nghiém

Céau 125. (LE QUY PON - HAI PHONG - LAN 1 - 2018)Biéu dién tip nghiém cua phuong trinh
cos x+cos2x +cos3x =0 trén duong tron luong giac ta duoc s6 di€m cuoi la
A. 6. B. 5. C. 4. D. 2.

Céu 126. (THPT TRIEU THI TRINH - LAN 1 - 2018) Tdng tit ca cac nghiém cia phuong trinh
sin 5x cos 7x = cos4xsin8x trén (0;27) bang

A.19—7[. B.9—7[. C.5rx. D. 7rx.

3 2
Ciu 127. (THPT CHUYEN HUNG VUONG - PHU THQ - LAN 1 - 2018) Phuong trinh
sin2x+3cosx =0 c6 bao nhiéu nghiém trong khoang (0; 7)

A 0. B. 1. C.2. D. 3.
Ciu 128. (HSG BAC NINH NAM 2018-2019) Goi S 1a tp hop cdc nghiém thugc doan [0;137] ciia

phuong trinh 2 cos® x + cos” x +cos 2x = 0. Tinh tong cac phan tir cua S .

A, 2807 g, 4207 C. 1207 p, 2007

3 3 3
Céu 129. (PE HOC SINH GIOI TINH BAC NINH NAM 2018-2019) Tong tat ca cac nghiém cta phuong
trinh cos3x—cos2x+9sinx—4 =0 trén khoang (0;37) 1a
117z 257

A. 5rx. B. —. cC.—. D. 6r.
3 6

Cau 130. (SO GD&DPT BAC NINH NAM 20182019 LAN 01) Cho phuong trinh
(2 sinx—l)(\/gtanx+ 2sin x) =3—4cos’ x. Goi T 1a tap hop cac nghiém thudc doan [0;207] cua
phuong trinh trén. Tinh tong cac phan tir cua 7T .
A. ﬂﬂ' B. 827[ C. @7[ D. @ﬂ'

3 3 3 3

Céau 131. (THPT CHUYEN BIEN HOA - HA NAM - 2018) S6 nghiém cua phuong trinh
2sin® 2x+cos2x+1=0 trong [0;2018x] la
A. 1008. B. 2018. C. 2017. D. 1009.

Céiu 132. (THPT CHUYEN THANG LONG - PA LAT - 2018) S6 nghiém cua phwong trinh
sinx +4cosx =2 +sin2x trong khodng (0;57) la:
A. 5. B. 4. C. 3. D. 6.
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Cau 133.

Cau 134.

Cau 135.

Cau 136.

Cau 137.

Cau 138.

Cau 139.

Cau 140.

(THPT NGUYEN HUE - NINH BINH - 2018) S6 diém biéu dién nghiém cta phuong trinh
8cot 2x(sin6 x +cos’ x) = %sin 4x trén dudng tron luong giac 1a :

A 2. B. 4. C.6. D. 0.

(THPT TU KY - HAI DUONG - LAN 2 - 2018) Sb nghiém thudc {—37”;—72} ctua phuong trinh

\/gsin x= 005(37” - 2xj la:

A. 3. B. 1. C.2. D. 0.
. . 4
(CHUYEN DHSPHN - 2018) Sé nghiém thudc khoang [—?”%) ciia phuong trinh
) . T \
cos(7+x)+ 3smx=sm(3x—3j la
A. 4. B. 3. C.6. D. 2.
(SO GD&DPT HUNG YEN - 2018) Véi -zm<x<z sd nghiém coa phuong trinh

cosx+cos2x+cos3x+cosdx=0 la
A. 3. B. 6. C. 8. D. 0.

(THPT HOANG MAI - NGHE AN - 2018) Phuong trinh (1+cos4x)sin2x =3cos’ 2x c6 tong
cac nghiém trong doan [0; 7] la:

A~ B. 37 C. . p. 2%
3 > 3

(THPT YEN MY HUNG YEN NAM 2018-2019 LAN 01) Tim s nghiém cta phuong trinh

3sin’ 2x+cos2x—1=0, x[0;47).

A. 8 B. 2 C. 4 D. 12

(THPT BINH GIANG - HAI DUONG - 2018) Phuong trinh sin3x+2cos2x—2sinx—1=0 ¢6
7

bao nhiéu nghiém thudc (—%;OJ .

A. 3. B. 1. C.2. D. 0.

Dang 6. Giii va bi¢n luin phwong trinh lwgng gidc chira 4n & miu

(THPT CHUYEN QUANG TRUNG - BP - LAN 1 - 2018) Nghiém cta phuong trinh
cos2x+3sinx—2

=0 la:
CcosXx

x=£+k271'

2

x=—+krx
Alx=Zvkr (keZ). B. 6 (keZ).

6 Y4

57 x—?+k7z
x=?+k7z
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Cau 141.

Cau 142.

Cau 143.

Cau 144.

Cau 145.

Cau 146.

Cau 147.

x=%+k27z
x:£+k27z
C.|x=Z+kor (keZ). p.| °© (keZ).
6 Y4
5 xX=—+k27
x=%+k27f 6

(THPT HAI AN - HAI PHONG - LAN 1 - 2018) Tim nghiém cua phuong trinh

cosx—+/3sinx 0

2sinx—1
A. x:%+k7r; keZ. B. x:%+k27z; kel.

C. x=%+k7[; keZ.D. x=%+k27z; kel.

(THPT LE HOAN - THANH HOA - LAN 1 - 2018) S6 vi tri diém biéu dién cac nghiém cua
sin2x+2cosx—sinx—1

phuong trinh =0 trén duong tron luong giac la:

tan x + \/§
A. 4. B. 1. C. 2. D. 3.
(THPT LE HOAN - THANH HOA - LAN 1 - 2018) Tinh tong T tét ca cac nghiém cua phuong
., (2cosx—1)(sin2x—cosx) . P P
trinh - =0 trén | 0;— | ta dugc két qua la:
sinx —1 2
A T=2E. B.T=2. C.T=x. D.T=2.
3 2 3

(KTNL GV THPT LY THAI TO NAM 2018-2019) Tinh tong c4c nghiém thudc [0;1007] cua

., 3—cos2x+sin2x—5sinx—cosx
phuong trinh =0.

2cosx— \/§

A. @72’ B. ?7[ C. 4950r . D. ?7[.

x ~ _— 1 2
(CHUYEN KHTN LAN 2 NAM 2018-2019) Cho phuong trinh SO84¥=60s2x+2sin" x _
COS X +sin x
Tinh dién tich da gidc ¢ cac dinh 13 cac diém biéu dién cac nghiém ciia phwong trinh trén dudng
tron lugng giac.
A V2. B. 24/2. C. g D. g.

(PHAN PANG LUU - HUE - LAN 1 - 2018) S6 nghiém cua phuong trinh
sin xsin 2x + 2 sin x cos” x + sin x + cos x

, = /3 cos 2x trong khoang (-m;7) la:
sin x +cos x

A 2. B. 4. C. 3. D. 5.

(THPT CHUYEN BAC NINH LAN 01 NAM 2018-2019) Tinh tong tit ca cac nghiém cia
2 3
cos” x—cos” x—1

phuong trinh cos2x —tan” x = > trén doan [1;70]
cos” x

A. 1887 B. 2637 C. 3637 D. 3657
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Ciu 148. (THPT GANG THEP - LAN 3 - 2018) S6 nghiém cua phuong trinh
sin3x+cos3x—2\/zcos(x+;ij+l

=0 trong khoang (O;%j la

sin x
A. 2. B. 1. C.0. C. 3.
5 . . a sin’ x+a’ -2
Cau 149. (THPT HA HUY TAP - LAN 2 - 2018) B¢ phuong trinh —= c6 nghiém,
) . I-tan” x CoSs2x
tham so a phai théa man dicu kién:
a|>1
A a3, B. g : C. |a|>4. D. |a|>1.
jaf =3
Cau 150. (CTN - LAN 1 -2018) Cac nghiém ciia phuong trinh 2(1+cos x)(1+ cot’ x) L
o 7 sin x4+ cos x
biéu dien bdi bao nhiéu diém trén dudng tron lugng giac?
A. 3. B. 2. C. 4. D. 1.

Dang 7. Gii va bi¢n luin Mot so bai toan vé phwong trinh lweng giac khac

Caul51. (THPT KINH MON - HD - LAN 2 - 2018) Cho phuwong trinh
sin®"® x +cos™"® x = 2(sin2°2° x +cos™’ x) . Tinh tong cic nghiém cuia phuong trinh trong khoang
(0:2018)
2 2
A. (%) . B. (643)" 7. C. (642) 7. D. (%) %

Céu 152. (KTNL GV BAC GIANG NAM 2018-2019) Toéng nghiém am 16n nhit va nghiém duong nhod

A, o w \ X . N
nhat ciia phuong trinh (1 + tan x tan Ej sinx+cotx=4 la

A =X B. L. c. X, p -Z.
6 2 6

Céu 153. (CHUYEN KHTN LAN 2 NAM 2018-2019) Phuong trinh sin x = 2;19 c6 bao nhi€u nghiém

thue?
A. 1290. B. 1287. C. 1289. D. 1288.

Ciu 154. (THPT CHU VAN AN - HA NOI - 2018) Phuong trinh cos2x.sin 5x+1=0 c6 bao nhiéu nghiém
thudc doan {—%;27:} ?
A. 4. B. 3. C.2. D. 1.
Céu 155. (THPT TRAN NHAN TONG - QN - LAN 1 - 2018) S6 nghiém cua phuong trinh:
in*"" 017 x — cos?™® x)+cos 2x trén [-10;30] la:

sin x—cos2°16x:2(sin
A. 46. B. 51. C. 50. D. 44 .

Dang 8. Giai va bién luin Phuwong trinh lwgng giac chira tham s6
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Cau 156.

Cau 157.

Cau 158.

Cau 159.

Cau 160.

Cau 161.

Cau 162.

Cau 163.

Cau 164.

(THPT CHUYEN AN GIANG - 2018) C6 bao nhiéu gia tri nguyén cta tham s6 m dé phuong

. . m e
trinh sin® x +cos® x + 3sin x cos x _Z+ 2=0 c6 nghiém thuc?

A. 13. B. 15. C.7. D. 9.

(THPT CHUYEN PHAN BOI CHAU - NGHE AN - LAN 2 - 2018) C6 bao nhiéu gia tri nguyén
duong cta tham sé m dé phuong trinh cos2x + m|sin x| —m=0 c6 nghiém?

A 0. B. 1. C. 2. D. v6 s6.

(THPT HOANG MAI - NGHE AN - 2018) Tim m dé phuong trinh
cos2x—(2m+1)cosx+m+1=0 c6 nghiém x e (%,37”)

A. 0<m<1. B. -1<m<0. C.0<m<l1. D. -1<m<0.

(THPT CHUYEN THOAI NGOC HAU - LAN 3 - 2018) C6 bao nhiéu gia tri nguyén ctia tham

s& m dé phuong trinh sin® x + cos® x + 3sin x cos x —%+ 2 =0 c6 nghiém thuc?
A. 13. B. 15. C.7. D. 9.
(PE THI THU LOP 11 TRUONG THPT YEN PHONG LAN 1 NAM 2018 - 2019) C6 bao

nhiéu s6 nguyén m dé phuong trinh: 2sin x +(m—1)cosx = —m ¢6 nghiém x e [O;g} )

A. 3. B. 1. C.2. D. Vo sb.

(CHUYEN NGUYEN TAT THANH YEN BAI LAN 01 NAM 2018-2019) C6 bao nhiéu gi4 tri
nguyén ciia tham s6 m dé phuong trinh 4 cos’ x — cos2x +(m —3)cosx —1 =0 c6 ding bon nghiém

khac nhau thudc khoang (—%,%j

A. 2. B. 3. C.0. D. 1.

(SGD THANH HOA - LAN 1 - 2018) C6 tit ca bao nhiéu gia tri nguyén cua tham sé m dé
phuong trinh cos’ 2x—cos® 2x =msin’ x ¢ nghiém thudc khoang (O;%j ?

A. 3. B. 0. C. 2. D. 1.

(THPT CHUYEN THAI BINH - LAN 5 - 2018) Cho phuong trinh
(1+cosx)(cos4x—mcosx)=msin’ x. Tim tat ca céc gid tri cia m dé phuong trinh c6 dung 3

nghiém phan biét thude {0;%’1 .

A me —l;l . B. me(—oo;—l]u[l;+oo).
272
C. me(—l;l). D. me[—%;l).
(PANG THUC HUA - NGHE AN - LAN 1 - 2018) C6 bao nhiéu gia tri nguyén cta tham s6 m

dé phuong trinh cos3x—cos2x+mcosx=1 c6 dung bay nghiém khic nhau thudc khoang

(—1;27[)?
2

A 3. B. 5. C. 7. D. 1.
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Cau 165.

Cau 166.

Cau 167.

Cau 168.

Cau 169.

Cau 170.

Cau 171.

Cau 172.

(THPT CHUYEN THAI BINH - LAN 3 - 2018) S6 cac gia trj thuc ciia tham sé m dé phuong
trinh (sinx—l)(z cos’ x—(2m+1)cosx+ m) =0 co6 dung 4 nghiém thuc thudc doan [0;27] la:
Al B. 2. C. 3. D. v6 sd.

(SO GIAO DUC PAO TAO VINH PHUC NAM 2018 - 2019 LAN 01) C6 bao nhiéu gia tri

nguyén cua tham sd m dé pt 2cos3x =m —2cosx+3/m+6cosx co nghiém?
A.S. B. 4. C. 6. D. 3.

(THPT KINH MON - HAI DUONG - LAN 1 - 2018) Tim m d& phuong trinh
2sinx+mcosx=1—m co6nghiém x e [—%,%}
3 3
A. —1<m<3. B. —S<m. C.1<m<3. D.mSE.
(THPT CHUYEN LAM SON THANH HOA NAM 2018-2019 LAN 01) C6 tit ca bao nhiéu gia

tri cua tham s6 dé phuong trinh sau vO nghiém véi 4n  x, (xeR):
4cosx—3sinx:(m3 —4m+3)x+m—4.
A. Vb b B.2 C.3 D. 1

(LOP 11 THPT NGO QUYEN HAI PHONG NAM 2018-2019) Cho phuwong trinh
cos3x—cos2x+mcosx—1=0. C6 bao nhiéu gia tri m d¢ phuong trinh c6 dung 7 nghiém
™
xXe|——;2m
2
A. 2 B. 4 C. 1 D. 8
(THPT CHUYEN HA LONG - LAN 2 - 2018) Cho phuong trinh
cos2x—(2m—3)cosx+m—l =0 (m 1a tham s6). Tim tit ca cac gi4 tri thuc cua tham sb m dé
phuong trinh c6 nghiém thudc khoang (%,37”) .
A 1<m<2. B.m<2. C.m=>1. D. m<1.

(THPT CHU VAN AN - HKI - 2018) Tim tit ca cic gia tri cia m dé phuong trinh

cos2x—Ssinx+m =0 c6 ding 1 nghi¢m thudc khoang (—ﬂ;%j.

A -1<m<6. B. -4<m<6. C. me{-4}U[-1;6). D. -4<m<-1.
(CHUYEN VINH PHUC - LAN 1 - 2018)Tat ca cic gia tri cia m dé phuong trinh

cos2x—(2m—1)cosx—m+1=0 c6 dung 2nghiém x e [—%;%}1&

A. 1< m<1. B. -1<m<0. C.0<m«1. D. 0<m<A1.
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Cau 1.

Cau 3.

Cau 4.

Cau 5.

Cau 7.

PHAN B. LOI GIAI THAM KHAO

Dang 1. Giai va bién luan Phuong trinh béc hai d6i véi mot ham s6 lwong gidc
Dang 1.1 Khong can biét doi

N | W

COS X =

(2)

Tacod 4cos’ x—4cosx—3=0 < | )
cosx=—— (N
L ()

Vi cosx:—% @cosx:cosz?” = x:iz?”+k27z (k eZ).

Véi sO vi tri biéu dién cac nghiém ciia phuong trinh trén duong tron lugng giac 1a 2 .

Ta c6 cos” 2x +cos2x —% =0. Pat cos2x =t v&i diéu kién —1<¢<1, ta dugc phuong trinh bac
hai theo t Ia
3
P +t—==0.(*
2.9
Phuong trinh (*) c6 hai nghiém ¢, =% va t, = _73 nhung chi ¢6 ¢, =% théa méan diéu kién.
Vay ta co

cos2x:%©cos2x:cos(%jc>2x:i%+k27z<:>x:i%+k7z, (keZ).

Chon C
) Vs
sinx=3>1 X=——+k2x
2sin’ x - 5sinx-3=0 < | | IR 6 (keZ).
sinx =—— T
xX=—+k2rx
6
Chon B
it £ =sin x. Piéu kién [f| <1
. N 2 2 t=1 (TM)
Phuong trinh tr¢ thanh: " =—t+2 &t +t-2=0&
t=-2 (L)
Véitzljsinlecx:%+k27r (ke Z)..
Chon D
cosx=1 x=k2x
Tacd 2cos’ x—3cosx+1=0< 1 < T (keZ).
COSX =— x=t—+k2x
2 3
Chon A
cosx=-1
3cos’x=—8cosx—5 <> 3cos’ x+8cosx+5=0< 5 ox=r+k2z(keZ).
cosx=——<-—1
3
Chon D

. ] sinx =1
sin“x—4sinx+3=0<| | .
sinx=3
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Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Vi sinx =1 <:>x=§+k27r, kel .

Vi sinx =3 phuong trinh v6 nghiém.

) . . . sinx=0
Ta cod sm2x—2smx:0<:>smx(smx—2):0©{

sinx =2
Vi —1<sinx <1 nén chi c6 sinx =0 thoa man. Vay ta co
sinx=0=x=kz, (keZ).

Dang 1.2 Bién d6i quy vé phuong trinh bac hai
Chon D
Phuong trinh da cho tuwong duong véi

l—lsin22x + lsin2x—l+sin22x —220 <:>lsin22x+lsin2x—1:0
2 2 2 2 2 2
sin2x =1

=
sin2x =—-2(VN)

Véi sm2x=1<:>2x:E+k27z©x=Z+k7r,keZ.

Chon D
2cos2x—cosx+1=0<= 2(2coszx—l)—cosx+1=0<:> 4cos’x—cosx—1=0

Dit ¢ = cos x , phuong trinh try thanh 4£* —¢—1=0

Chgn A
sinx=1(1)
Tacé: cos2x+5sinx—4=0< —2sin’ x+5sinx-3=0<| 3
smx:E(Z)

Phuong trinh (1) c6 nghiém x = g +k2n

Phuong trinh (2) v6 nghiém.

Chgn A

+)Ta cod cos2x—2sinx =-3 < 1-2sin* x—2sinx = -3
sinx =1

osin x+sinx-2=0<|
sinx =-2 < -1 (VN)

+) sinx=lc>x=§+k2n, keZ

Ta cd: cos2x+sinx+2=0 < 1-2sin* x+sinx+2=0 < —2sin’ x+sinx+3=0.
bit ¢ =sinx ta dugc phuong trinh: —2¢> +¢+3=0.
Taco 3sin® x—2cosx+2=0 <> 3cos’ x+2cosx—5=0=>cosx =1 S x=k2rkel.

sinx # 0 ) %4
K oSsin2xz20xx—,kel.
cosx#0 2
) tanx =1 x=—+kn
Phuong trinh twong duong tan x—(\/§+l)tanx+\/§:0© = kel
tanx =3 xX=—+krx
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Cau 16.

Cau 17.
Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Ta ¢6: cos2| x+2= |+4cos| Z —x :§<:>1—2sin2 x+Z |+4cos| Z—x|=
3 6 2 3 6

< 1-2cos’ (z—x)+4cos(£—xj=§.
6 6 2
bat t:cos(z—x),
6

cos2x+sinx—1=0<1-2sin* x+sinx—1=0< —2sin’ x+sinx=0= 2> +1=0.
Tacod cos2x+5sinx—4=0<>1-2sin>x+5sinx—4=0
sinx=1

N | L

1|<1 ta dugc phuong trinh: 1—2tz+4t:§ &4 -8t+3=0.

& 2sin’ x+5sinx-3=0<| 3
smx:E

0 Véi sinx:1<:>x=g+k2n,keZ .
e 3 o i n
11 Vi sinx :5 >1 (v6 nghiém).

Dang 1.3 C6 diéu kién ctia nghiém

Chon B
x:£+k27r
) 2
sinx =1
2sin*x—-3sinx+1=0 < 1< x="ykon (keZ)
smx=5 6
x:5—”+k272
6

Vid<x< % nén nghiém cta phuong trinh 1a x = %

Chon C.

T
cosx=0 =—+k
Ta co coszx—cosx:0<:{ o d (keZ).

cosx=1 =k

Véi x=3+kﬂ,d0 0 <x <7z nén ta duoc x=5.

Voi x=k2r,do 0<x <7z nén khong c6 x nao thoa man.

Chgn A
sinx=-3
2sin® x+5sinx-3=0&|
sinx =—
2
x:£+k27r
) 1 6
<:>smx=5<:> s .
x:?ﬁ+k2ﬂ

Chon A
sin2x=-1

Taco: sin?2x+3sin2x+2=0 < | .
sin2x = -2 (loar)

<:>sin2x=—1<:>x:—%+k7z, keZ.
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Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Theo dé bai: 0<—Z+k72'<107r =N i <k<% k=1,2,..,10.

Viy tong cac nghiém la: S—3—7z+ 3—7[+7r +..+ 3—7[+9 105”
4 4 4 2
Chon A
sinx =—1 T
PT di cho < —2sin*x+4sinx+6=0 < . o x=——+k2n,(keZ).
sinx =3(ptvn) 2
Theo dé: xe(O 107r) :>0<—E+k27r<107r = 411 <k<%
Vi keZ nén ke {1;2;3;4;5} . Vay PT da cho ¢6 5 nghiém trén khoang (0;107[).
cos2x+2cosx—3=0 <> 2cos’ x+2cosx—4=0 < cosx =1 hay cosx =-2 (loai)
Véi cosx=1<x=k2rkelZ.
Véi 0<x<2019< 0<k27 <2019 < 0<k <321.49. Vay cob tong cong 321 nghiém.
. ) sinx =—1 P
PT da cho < —2sin" x+4sinx+6=0 < | . S x=——+k2rm, (keZ).
sinx=3 (VN) 2
1 21
Theo dé: x € (0;107) :>0<—5+k27z<107z = 2 <k<7
Vi keZ nén k e{1;2;3;4;5} . Vay PT da cho ¢6 5 nghiém trén khoang (0;107).

Ta co: (20052x+5)(sin4x—cos4 x)+3:0<::>(20052x+5)(sin2x—cos2 x)+3:0

—(20052x+5)0052x+3:O<:>—Zcosz(Zx)—50052x+3=0<:>cos2x:%.

cost:l<:>x:i£+k7r(keZ):>xe Z;S—ﬂ;7—ﬂ;lﬂ .
2 6 6 6 6 6
Do do: S—£+5—ﬂ+7—ﬂ+ll—ﬂ-=4ﬂ'.
6 6 6 6

1
., 5 B cosx=——(n)
+ Ta co: cos x-l-Ecosx—i-l—O(:) 2

cosx=—-2 (I)

1
Suy ra: cosx = —Eécosx: CoS|—

+ Vi xzz?”+k27r, k€Z.Vi xe€(0;3m) nén 0<2?7T+k27r<37r, kel

@—%<k<g k €Z. Suy ra: ke{Ol}:xe{z?:r 8;}

+Voi x:—%”+k27r, k€Z.Vi x€(0;3m) nén 0<—2?7T—|—k27r<37r, kel

<:>§<k<1—61, k €7 . Suy ra: kzl:x:%r.

Do dé xE{Z_w 4—7T,8—7T}
3 3 3
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Viy s6 nghiém ctia phuong trinh 1a 3.

T
cosx=0 =—+k
Cau28. Tacd coszx—cosx=O<::{ x o 4 (keZ).

cosx=1 =k

e T n /4
Véi x=5+k7z,do 0 < x < nén ta dugc x =—.

Véi x=k27,do 0<x <7z nén khong c6 x nao thoa man.

cosx=-1 x=rn+k2rx
Cau29. Taco: cos2x+cosx=0 < 2cos’x+cosx—1=0 < 1 < T (keZ)
cosxza x:i§+k27r

Do x e (-7;7) nén x=i§.
Cau 30. sin(2x+9§j—3cos(x—157n):1+2sinx

<:>sin(2x+gj—3005(x+gj=1+2sinx < cos2x+3sinx=1+2sinx

x=km
sinx=0
& -2sin’ x+sinx=0 | | ol x=24vkon (keZ)
sinx =— 6
2 51
x=—+k2m
L 6

Do x e[0;2n] nén x = {O; n;%;%} . Vay c¢6 4 nghiém.

T
tanx =1 x=—+krx

Cau3l. Taco 4tan’x—Stanx+1=0< 1o f (keZ).

tan x =—
X = arctan Z +kr

2017~ 20177«
2 7 2

v Véi x:%+k7r (keZ) do xe(— J nén ¢6.-1008 < £ <1008 . nén co6 2017

nghi¢m.
v Véi x = arctan%+k7z (keZ) do xe (— 20;7” ; 20;”) nén c6 —1008 < k <1008 nén c6
2017 nghi¢m va hai ho nghiém khong c6 nghiém nao trung nhau. Vay ta c6 m =4034 .

cosx =-—1

Cau 32. Phuong trinh < 2cos’ x—1+3cosx+2=0< 1 T
COsx =~ =C0s—~

x:7r+k27ze(0; 27[):>k=0:x:7z

& xzzTﬂ+k27ze(O; 27[):k:0:x=2—ﬂ

x=—%+k27ze(0; 27[):>k:1:>x=477[
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Cau 33.

Cau 34.

Cau 35.

Cau 36.

Vay trén khoang (0; 27), phuong trinh dd cho ¢6 3 nghiém la x =7, x= 2?7[ , X = 4?7[ .
sin2x =—1
sin2x =-2 (loai)

Theo d2 bai: 0S—%+kﬂ'§10ﬂ' @%Skﬁ% —k=12,..10.

Ta cé: sin® 2x+3sin2x+2=0 c{ & sin2x=-1 <:>x=—%+k7r, kel.

Vay téng cac nghiém la: S =3—7[+ 3—7[+7z +..+ 3—7[+97Z' =@.
4 4 4 2

Dit ¢ =sinx, diéu kién t e [-1;1].

Khi d6 phuong trinh da cho tré thanh: —2¢* +3¢+5 = 0. Phuong trinh c6 hai nghiém ¢ =—1

(nhan), ¢ = % (loai).

Voéi t=-1,suyra sinx=—1<:>x=—§+k27z (keZ).

Ta c6 OSx£2007rc:>0£—%+k27z£2007r<:>%£k£%.Vi keZ nén ke{1,2,..,100}.

100 100
Khido T = Z(—%+k27[] =100[—%]+27Z’2k =507 +101007 =100507 .
1 1

Ta co: c032x+3|cosx|—1=0 <:>2c032x+3|cosx|—2=0.

bat ¢t = |c0sx

, 0<¢ <1, ta dugc phuong trinh:

t=-2
200 +43t-2=0 < 1 <:>z:%.(v‘10srs1)
t=—
2
1 T
1 cosx =— x=t—+k2x -
Véi t=—, ta co: |cosx|=—<:> 2 o Sx=t—+krn (keZ).
2 27
cosSx=—— x=t—+k2x
2 3

Trén doan [—%,%} phuong trinh ¢6 nghiém la x = i% .

(2cosx+5)(sin4§—cos4§)+3 =0 < (2cosx+5)(—cosx)+3=0

cosx=-3(VN)
< —2cos’x—5cosx+3=0 = 1
CoSX =—
2
x=24kon
& 3 kel

x=-Zikor
3

Trong khoang (0;27): x = %,x = 5?”
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Dang 2. Giai va bién luidn Phwong trinh bac nhat ddi véi sin va cos
Dang 2.1 Khong can bién doi

Cau 37. Chon A

DT:0946798489

pe T
L 2x #—+km X#E—+ P
biéu kién 2 o .
J3sin2x —cos2x # 0 x¢%+k%

Vay, tap x4c dinh ctia ham s§ 1a D = R\{%+k§;£+k%;k c Z}.

Cau 38. Taco: «/gsian—cos2x:2 @?sinh—%cosh:l @sin(Zx—ijl

@2)6—%:%4-](27[@)6:%4-](7[ (keZ).

Vay tip nghiém ctia phuong trinh da cho la § = {% +kr|ke Z} .

x=-Z1kor
= 6 ,kel.
x:£+k27z
2

Cau39. Taco sinx+ 3cosx:1<:>sin(x+£j—%

V4
x=——+k2r
Viy tt ca cac nghiém ctia phuong trinh da cho 1a ,kel.

x=£+k2ﬂ'
2
Cau40. Taco: sinx+cosx:1c>\/Esin(x+%J:1c>sin(x+£j: !

x+%:£+k2ﬂ' x=k2rx

& = T (keZ).
T 3z xX=—+k2x
X+—=—+k2n 2

Cau4l. Taco sinx+ 3cosx:1@%sinx+£cosx=l<:>sin(x+£j:sin76r

x+£:£+k2ﬂ x:—£+k27z
3 6

o o 6 (kez).
T T T
x+g=7l'—g+k27l' x=—+k27

Cau42. sin3x+cos3x=+2 <:>cos(3x—%):1 c>3x—%=k2fz c>x=£+k2§,keZ.
Dang 2.2 Can bién doi

Cau43. Tacd 2sin’x++/3sin2x=3 < 1—cos2x ++/3sin2x =3

& A/3sin2x—cos2x=2 <:>—3$in2x—lcos2x=1
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& sin 2x—z :1c>2x—£:£+k27zc>x:£+k7z.
6 6 2 3
Caud44. ChonC

, T . . T
Taco cos(x+5)=—smx va s1n(x—EJ=—cosx.

Do d6 phuong trinh < — 3 sinx —cos x = 2sin 2x <> /3 sin x +cos x = —2sin 2x.

3

) 1 ) ) Va4 ) ) T )
<:>75mx+500sx:—sm2x<:>sm x+g =—sin2x < sin x+g =sin(-2x).

x+%:—2x+k27r x:—%+k2?ﬂ
= o 5 (keZ).
x+%:7z+2x+k27z x:—?ﬂ—k27z

Xét nghiém x:—%—k2ﬁ%x:%+k‘2ﬂ.

Vay phuong trinh c¢6 nghi¢m x=—%+k27ﬂ, xz%rJrk'Z;r (k,k'eZ).
Cau45. ChonD
Ta c6
sin® x + 3sinxcosx=1©%+?sin2x=l
<:>£sin2x—10052x=l<:>sin 2x—Z =l
2 2 2 6 2
2x—£=£+k27z x=£+k7z
6 6 6
= =
T Sz

2x——=—+k27 x:£+k7r
6 6 2

CAu46. Chon C
Phuong trinh tuong dwong sinx +cosx = J2sin5x

A2 sin(x+%j = x/zsinSx = sin(x+%) =sinS5x

x+£=5x+k27r x=——-k—
= =
X+%=7Z’—5X+k272’ x=—+k—

Cau47. Chon A
Ta co 3sin3x+\/§cos9x =1+4sin’3x < (3sin3x—4sin3 3x)+\/§cos9x=1

1 ox+2="1kor x=—£4 Lo
c>sin9x+x/§cos9x=1c>sin 9x+£ =— & 3 3 ?
3 T Sr 7 k2w
Ox+—=—+k2r =—+—
3 6 18 9

Ciau48. Chon A
Ta cod sinx—\/gcosx =2sin3x
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1 . 3 )
< —sin x ———Ccosx =sin 3x
2 2
= cos—smx—smgcosx =sin3x

) V4 )
= sm(x—gj =sin3x

x—§:3x+k27z

x—%zﬂ—3x+k27z

T

x=———knm
& 6 <:>x=£+k£,keZ.
T T 3 2
X=—+k—
3 2

Dang 2.3 C6 diéu kién ctia nghiém
Dang 2.3.1 Piéu kién nghiém

Cau 49. 3
Hudng dan giai
Chon D
cos® x —sin 2x = /2 + cos’ (%ﬂcj &> cos” x —sin 2x =~/2 +sin® x <> cos2x—sin2x = /2
= 2c05(2x+%}=\/§ <:>cos(2x+%j=l IS 2x+%=k27z IS x=—%+k7z (keZ)
Trén (0;372'):>x:7—7[, les—ﬂ, x:23—7[.
8 8 8
Cau 50. )
Huwdng dan giai
Chon B
X=——+kr
Ta co: x/zcos3x:sinx+cosxc>cos3x:c0s(x—%j© 8 (keZ).
16 2
Vi XE(O;ﬂ') nén nhan x:7—”, x:l, x=9—”.
8 16 16

Cau51. ChonD
Phuong trinh <> cos® x —sin® x —sin 2x = v/2 <> cos 2x —sin 2x =/2 .

<:>cos(2x+zj=1<:>2x+%=k27r<:>x=—%+k7r (keZ).

T
1 17 k=1->x=—
Do 0<x<27——0< -2 b hr <27 e =<k <— ke 8
8 8 157z
k=2—>x=—
Tr 1572 11
N SN Y
8 8 4
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Cau 52.

Cau 53.

Cau 54.

Cau 55.

Chon A
Phuong trinh < J3sin3x+cos3x =sinx++/3 cosx.

3. 1 1 . 3 ) T ) T
< —sin3x+—cos3x=—sinx+—cosx < sin| 3x+— |=sin| x+— |.
2 2 2 2 6 3

Suyra b+d=—+

N
W[y

z
2"
Chon C

Phuong trinh < %sin 5x +73cos Sx=sin7x < sin(Sx +§j =sin7x.

7x:5x+%+k27z x=" vkn
o sin7x =sin| 5x+ 2 | o 6 (ke).
3 Vi w  krw
Tx=nm—|5x+— |+k2n x=—4+=
3 18 6

° 0<£+k7z<£<:>—l<k<lﬂ>k=0—>x=£.
6 2 6 3 6

k=0—>x=2

18
° 0<£+k£<£<:>—l<k<§—"ez—> k=1—>x=2—ﬂ.
8 6 2 3 3 9
k=2—>x:7—ﬂ-

I 18

Vay c6 4 nghiém théa man.

Ta co x/gcosx+sinx:—2 @%cosx+%sinx:—l @sin(xwtgj:—l

c>x+%:37ﬂ+k27r (kez) @x:%+k2ﬂ (keZ).

Trén doan [0;40357 ], cac gia tri k € Z thoa bai toan thude tap {0;1;2;...;2016} .
Do d6 ¢6 2017 nghiém ciia phuong trinh thugc doan [0;40357].

a k2rx
2x—a=x+k2rx X=—+—"
cos(2x—a)=cosx & o 33
2x—a=—x+k2rx
x=a+k2x

cos2x+\/§sin2x—2cosx:0 @%cos2x+73sin2x:cosx

x="yvkon
V4
& cos| 2x—— |=cosx &
( 3) T k2w
X=—+——
9 3
a_r
21 - . oo, 13 9 T
D¢ hai phuong trinh tuong duong can co :azg.
a=Z
3
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DT:0946798489

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

NG
2

Tacod: sinx+cosx=1< \E(gsimﬁgcosx]:1<:>sin(x+%j:

- - x+£:£+k27r x=k2x
&sin| x+ = |=sin= < 4 4 = pe (keZ).
4 4 T 3 xX=—+k27
x+—:T+k27z 2

Suyra: a=0 va b:% nén a+b=%.

Ta cé sinx—x/gcosx:O @sin(x—%Jzo <:>x:§+k7z, keZ

Vi x e[-27;27] nén —27[§x§27[<:>—§§k§§.])0 do co 4 giatri k, twong ung co bon

nghiém x .
2coszx+x/§sin2x:3 <:>0052x+\/§sin2x:2 <:>cos(2x—%j:1
ow=Zikon @x:%+k7r (keZ).

Xét 0<x£57ﬂ <:>O<%+k7r£57ﬂ:>k=0, k=1,k=2.

Véi k:0:>x:%; k=1:x=%”; k=2:x=1%”.

. , .7
Vay tong cac nghiém bang 7”
Ta cé coszx—sin2x=x/§+c052(%+xJ & cos? x—sin2x =+/2 +sin’ x
& cos2x—sin2x =2 < cos(2x+%j:1<:> 2x+%=k2fz, kel

& x:—%ﬂm, kel

Vil0<x<27 < 0<—%+k7z<27r = %<k<%
Vi keZ nén ke{l;2} = xl:%r;xz:ls?iZ
11
Viay xl+x2=—7r
4
Chon B
Phuong trinh & sin9x —+/3 cos 9x = sin 7x—/3 cos 7x..
ox-Z=7x-Z i kox x=krx
. V4 . Vs 3 3
& sin| 9x—— |=sin| Tx—— | & = 57 kr-
9x—§=7z— 7x—§ + k27 48 8
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Cau 61.
Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

Cau 67.

kr<0ek<0—LL sk =-1>x=-x
Cho<0

—2 57 kr 5 7 - So sanh hai nghiém ta dugc
Ty ?<0<:>k<_g—>kmax:_l_)x:_4_8

nghiém 4m 16n nhit cua phuong trinh 13 x = —% € (—%; Oj.

Dang 2.3.2 Pinh m dé phuong trinh ¢6 nghiém

Diéu kién can va da cua a, b, ¢ dé phuong trinh asinx+bcosx = ¢ c6 nghiém 1a: a* +b* > ¢>.
Chon D

. 5 5
Phuong trinh c6 nghiém <> 3 +(—4)2 > (2m)2 & 4m* <25 < - <m SE.
) . 1— 2 .
Ta co: (m+1)s1n2x—s1n2x—|—cos2x=O@(m—i—l).%—smbc—l—cosbczo

& 2sin2x+(m—1)cos2x =m—+1

Dé phuong trinh c6 nghiém thi diéu kién 1a: 2° +(m—1)* > (m +1)* < m <1 két hop voi diéu kién
ctia dé bai ta co: —2018 <m <1. Suy ra cb 2020 sb gia tri nguyén dé phuong trinh c¢6 nghiém.
Chon D

Phuong trinh ¢6 nghiém khi va chi khi:

ﬁﬁmﬁﬁ
2 2

mz+(m+2)2 2(2m+1)2<:>2m2—330 o -

Vay c6 1 gia tri nguyén.

Chon B
msin2x +cos2x =2
= m sin 2x + ! cos2x = 2
m* +1 m*+1 m*+1
< sin(2x+a) = 2
m?* +1
>+/3
¢6 nghiém khi <™ \/_.
m* +1 mS—\/g

Chon A
4sinx+(m—4)cosx—2m+5 =0« 4sinx+(m—4)cosas =2m—5.

Phuong trinh ¢6 nghiém khi 4° + (m —4) —(2m —5) >0 & —3m* +12m +7 >0

L, 65T m§6+3J§

Vim ez nenme{01,234}.

Vay tong tat ca cac gia tri nguyén cia m dé phwong trinh ¢6 nghiém Ia 10.
Chon B

(m+1)sin” x—sin2x +cos2x =0

o (m—;rl)(l—cosbc)—sin2x+cos2x =0

< (m+1)(1-cos2x)—2sin2x+2cos2x =0

< —2sin2x+(1—m)cos2x =m+1
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Nén phuong trinh c6 nghiém khi va chi khi
4+(1-m) 2 (m+1)°
< 4m 3’4 =>m<l1 ) ‘
Vay co tat ca 2020 gia tri cia tham so thoa man de bai.
Cau 68. ChonD
4m—-4>0 m21

Diéu kién x4c dinh: {m-2>0 < m>2<m>3.
3m-920 m23

J4m —4.sinx..cosx+m—2.cos 2x =\3m—9

@«/ﬁ.(2sinx.cosx)+m.0052x: 3m -9

& Jm—1sin2x+Vm—2.cos2x =3m -9

Phuong trinh c6 a=~m-1, b=\Jm-2, c=3m-9.

Diéu kién dé phuong trinh c¢6 nghiém: a® +b* > ¢*.
Ta co:

(x/m—l)2 +(\/m—2)2 Z(M)z

Ssm—-14+4m—-2>23m-9

< m <é6. .
Keét hop diéu kién ta dugc 3<m <6.
Ma meZ nén me{3;4;56} .
Vay c6 4 gia tri nguyén ctiia m thoa man yéu cau dé bai.
Cau 69. (2m—1)cos2x+2msinxcosx =m—1< (2m—1)cos2x+msin2x=m—1.

Phuong trinh v6 nghiém khi va chi khi (2m—1)2 +m’ < (m—l)2 S2m'-m<0&0<m <%.

l1+cos2x

Cau70. Tacd 2msinxcosx+4cos’x=m+5 < msin2x+4 m+5

< msin2x+2cos2x=m+3.
Phuong trinh trén c6 nghiém khi va chi khi m* +4>(m +3)2 o m< _?5
Vay c6 ba gié tri cia m € E dé phuong trinh d4 cho c6 nghiém.
Cau71. Co6 2cosx—sinx+4>0,VxelR.
PT < m(2cosx—sinx+4)=cosx+2sinx+3

< (2m—1)cosx—(m+2)sinx+4m—-3=0.

Phuong trinh trén c6 nghiém khi (2m —1)2 +(m + 2)2 > (4m —3)2
< -11m* +24m-420 @1—21317132.

Cau72. 4sinx+(m—4)cosx—2m+5=0 < 4sinx+(m—4)cosx=2m-5.
Phuong trinh ¢6 nghiém khi 4° +(m—4)2 —(2m—5)2 >0 < -3m’ +12m+72>0

6-+/57 6++/57

<m<
3 3

VimeZ nén m 6{0,1,2,3,4}.

=
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Vay tong tat ca cac gia tri nguyén cia m dé phuong trinh c6 nghiém 1a 10.

Cau73. asin’ x+2sin2x+3acos’ x=2 < a—l_c;)szx+2sin2x+3a—1+0082x =2

& a—acos2x+4sin2x+3a+3acos2x =4 < 4sin2x +2acos2x =4—4a (*)
(*) c6 nghiém khi 4> +4a® > (4—4a)’ < 124> -32a <0 < 124> -32a <0 c>0£a£§.
Do ae?Z valasdlénnhitnén g=2.
Ciu 74. 8sin’ x+(m—1)sin2x+2m—6=0 < 8sin’ x—4+(m—1)sin2x+2m—-2=0
< —4cos2x+(m—1)sin2x=2-2m.
Phuong trinh c6 nghiém khi: (—4)2+(m—1)22(2—2771)2<:>164—m2—2m+124—8m+4m2

3-443 < 3+4J§'
3 3
VimeZ=m={-1;0;1;2;3} .

(m+1)sin’ x —sin 2x + cos 2x = 0

<3m—6m—-13<0 <

)ﬂ—sin2x+cos2x:0

Cau 75. <:>(m+1

<:>(l_mjcos2x—sin2x:—m—Jrl
2 2

2
Diéu kién c6 nghiém cta phuong trinh (I_ij + (—1)2 > (—mTHj oSm<l
Suyra -2018<m <1
Suy ra c6 2020 gia tri nguyén cia m dé phuong trinh c6 nghiém.
Cau76. Chon C
Ta co 2cosx—sinx+4>0,VxeR nén

cosx+2sinx+3
m=

= : < cosx+2sinx+3=m(2cosx —sinx+4)
2cosx—sinx+4

< (2m—1)cosx-(m+2)sinx+4m-3=0 (1)
Phuong trinh (1) c6 nghiém khi va chi khi
(2m=1)’ +(m+2)" 2 (4m-3)" & ~11m* +24m—420c>1—21£m£2

Dang 2.3.3 Sur dung diéu kién co nghi¢m dé tim Min-Max
Cau77. Taco sinx+cosx+2>0,Vx nén ham so c¢6 tap xacdinhla D=R.

Xét phuwong trinh 4n x: y = s1‘nx+2cosx+1 < (y—1)sinx+(y—2)cosx=1-2y.
sin x +cos x + 2

Phuong trinh ndy ¢6 nghiém < (y 1)’ +(y-2)" 2 (1-2y)" ©2)* +2y-4<0& 2< y<I.

miny=-2=m

Vi phuong trinh 1udn ¢6 nghiém, suy ra { ** =M*-m?=1-4=-3.
maxy=1=M

xeR

Cau78. Chon B
_ cosx+2sinx+3

= , (1)
2cosx—sinx+4
* Dicu kién: 2cosx—sinx+4 #0 (luoén ding)

* Goi y, la mot gid tri cia ham s6 (1).
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Cau 79.

Cau 80.

Cau 81.

Cau 82.

Cau 83.

. 2si
Khi dé: y, :cosx+ sin x +3

2cosx—sinx+4
< y,(2cosx—sinx+4)=cosx+2sinx+3

< (y,+2)sinx+(1-2y,)cosx =4y, -3 (2)
Do phuong trinh (2) ludn 6 nghiém x nén: (4y, —3)° <(y, +2) +(1-2y,)’
< 11y =24y +4<0

2
& —<y L2
11 Yo

Tap gia tri cia ham s6 (1) 1a {% ; 2} . Céc gia tri nguyén la: 1; 2. Vay c6 hai gia tri nguyén.

Chon C

. i +2 +1 .
Taco y = S;?nxx n C(;Zsmx+2 & (y —1)smrc + (y —2)cosx =1-2y (*)

Phuong trinh (*) c6 nghiém

sly-1) +(y-2) >1-2) oy +y-2<0s 2<y<1.
Vaiym=-2; M =1,
Chon D

P= s1r.1X—ZCOSX—3 < (2P-1)sinx +(2+P)cosx+3—-4P =0
2sinx+cosx—4

Ap dung diéu kién c6 nghiém ta co: (2P—1)2 +(2 +P)2 >(3 —4P)2 = % <P<2.

Chon D

i 1 .
Ta co yzmcmsmx—ycosx+l—2yzo.
cosx+2

Diéu kién phuong trinh (1) c6 nghiém 1a y* +m’ > (I—Zy)2 <3y —4y+1-m* <0

B 2++1+3m?

3
2
Do dé, suy ra — VL3 “13+3m<3@m2<16@—4<m<4.

MameZ=m e{—3;—2;—l;0;l;2;3}.

Dang 3. Giai va bién luin Phuong trinh ding cap

Dang 3.1 Khong c6 diéu kién cua nghiém

Chon D

Do cos x = 0 khong thoa méan phuong trinh nén chia hai vé cia phuong trinh cho cos® x # 0ta co
2tan’ x+3tanx—2=1+tan’ x < tan’ x+3tanx -3 =0

Pit ¢ =tanx thi ta c6 phuong trinh > +3t-3=0.

Cach 1: Xét cosx =0: Phuong trinh tvong dwong 2 = 3(ktm)

Xét cosx # 0, chia ca hai vé cho cos” x ta co:
2tan2x+2\/§tanx=3(tan2x+l)© tanzx—2\/§tanx+3=0

otanx =3 < x:%+k7z,keZ
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Cach2: pr < —(1—2sin2x)+\/§sin2x= 2 & 2sin(2x—%j:2 @x=%+k7f.

Cau 84.

Cau 85.

Cau 86.

Cau 87.

Cau 88.

Chon B

3cos® 4x+ 5sin’ 4x=2—2x/§sin4xcos4x<:>31+COSSX+SI_COSSX —2_/3sin8x

2 2

< +/3sin8x—cos8x =-2 <:>73sin8x—%cos8x=—l

. T .
= sm8xcosg—cos8xsmg =-1

<:>sin(8x—£j —let-2 =21 n(kel) o x=——+kZ(keZ).
6 6 2 24 4

Chon B

. Thay véo phuong trinh ta thay thoa man. Vay A ding.

. sinx=0 sinx=0
® Voix=kr—> =

cosx =1 cos’ x=1
® Phuong trinh < cos® x —3sin xcosx +sin’ x+cos’ x=0.

& sin® x—3sinxcosx+2cos’x =0 < tan’ x —3tanx +2 = 0. Vay B dung.
® Phuong trinh < cos® x —3sin xcosx +sin’ x+cos’ x=0.

& 2cos’ x—3sinxcosx+sin’ x =0 < 2cot’ x—3cotx+1=0. Vay C sai.
l+cos2x  sin2x

® Phuong trinh < 5 -3 5 +1=0< cos2x—3sin2x+3 =0. Vay D diung.

Chgn A

cosx=0 L o )
khong théa man phuong trinh, nén ta co:

(\/§+1)sin2 x—2\/§sinxcosx+(«/§—l)cos2 x=0

<:>(\/§+1)tan2x—2\/§tanx+\/§—1:0

tan x =1 T,
=—+
= NE| \/_<:> TEETYT (veitana=2-+3).
tanx:\/g+1=2— x=a+kn

Chgn C
Phuong trinh <> sin’ x—(x/§+1)sinxcosx+ 3 cos’x= x/g(sin2 x+cos’ x) i

<:>(l—ﬁ)sinzx—(\/§+1)sinxcosx=0<:>sinx[(l—\/g)sinx—(\/§+1)cosx}=0.
® sinx=0<=cos’x=1<cos’x—1=0.

° (l—ﬁ)sinx—(\/g+l)cosx:0<:>(1—\/§)sinx=(\/§+l)cosx.
<:>tanxzﬁ@tanx=—2—\/§<:>tanx+2+\/§=o.

1-3

Vay phuong trinh da cho twong duong véi (tanx +2+ \/g)(cos2 xX— 1) =0.

Chon D

Phuong trinh <> 2sin’ x + 3+/3 sin x cos x — cos’ x = 2(sin2 x + cos’ x) :

<:>3\/§Sil’l)CCOSX—3COSZx=0<Z>3COSX(\/§SiI’1X—COSX)=0.
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° cosx=0<:>x=%+k7r (keZ)$x=%.

® 3sinx—cosx:0<:>\/§sinx:cosx.

1 _
@tanxz—@tanxztan%@x:%+k7z’ (keZ)%x:%.

NE)

Vay tap nghiém cua phuong trinh chira cac nghi¢m % va % Chon D

Cau 89. Chon C
Ta cod (x/z—l)sinzx+sin2x+(\/§+l)coszx—\/520

@(ﬁ—l)—l_cgszx+sin2x+(ﬁ+1)—1+cgszx—ﬁ=o

& (V2 =1)(1-cos 2x) +sin 2x + (2 +1)(1- cos 2x) - 242 = 0

< 242 cos2x +sin2x =0
Nhu vay, ménh dé: “Phuong trinh da cho tuong duong véi cos2x —sin2x =1 sai.
Cau90. Chon A

Céch 1: Xét cosx =0: Phuong trinh twong duong 2 = 3(ktm)

Xét cosx # 0, chia ca hai vé cho cos’ X ta co:
2tan2x+2«/§tanx=3(tan2x+l)© tanzx—2\/§tanx+3=0

<:>tanx:x/§<:>x:%+k7r,keZ

Cach 2: pt@—(1—2sin2x)+\/§sin2x=2c>2sin(2x—%j:2 <:>x=§+k7r.
Cau91. Chon B.

7
THI: cosx =0 x= 5 +K7 thoa man phuong trinh.

TH2: cosx#0.
6sin’ x+7x/§sir12x—800s2 x=6
1

cos® x

= 6tan2x+14\/§tanx—8=6(tan2x+1)
& 143tanx—14=0

o 6tan’ x+14/3 tanx -8 =6

o tanx=L<:> tanx=tan£<:>x=£+k7z(keZ).
3 6 6

Cau92. Chon A
tanx =1

tanx:«/g'

Phuong trinh <> tan’ x—(«/§+1)tanx+ B=0<

T
x=—+krx
= 4 (kez).
T
x:g+k7z

Cau 93. Cach 1: Xét cosx =0: Phuong trinh trong duwong 2 = 3(ktm)
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Xét cosx # 0, chia ca hai vé cho cos” x ta co:
2 tan’ x+2\/§tanx = 3(‘[an2 x+1)© tan’ x—2\/§tanx+3 =0

otanx =3 < x:%+k7z,keZ

Cich 2: pt < —(1-2sin’ x)++/3sin2x =2 <:>25in(2x—%}=2 <:>x=%+kﬂ'.

Dang 3.3 C6 diéu kién ctia nghiém
Cau94. Chon A
Dé thiy cos2x =0 khong théa man phuong trinh. D6 d6, phwong trinh di cho tuong duong véi:

tan2x =1 x=%+k% (1)
4tan’ 2x—3tan2x-1=0 < 1 < : .
tan2x——Z )c:—arctan(——jJrlcZ (2)
2 4 2

Xét (1), vi xe(0;7) :>0<%+k%<7r =ke{l} (do keZ).

Xét (2), vi xe(0;7) :>0<%arctan(—%j+k%<7r = ke{l;2} (do keZ).

Do do, trong khoang (0;7) thi phuong trinh di cho ¢6 3 nghiém.
Ciau95. Chon C

tanx =1 x="skrn
Phuong trinh <> 1-3tanx+2tan’ x =0 < 1<
tanx =— 1
2 X = arctan5+k7z

® Vi xe(—27z;27z)—)—27[<%+k7f<27z—)—%<k<%ﬂ>ke{—2;—l;0;l}.

® Vi xe(27;27) > 27 < arctan%Jrkﬂ <2r.

—CASIO_, 8,565 < k < —24,565—L 5 k ¢ {-28;-27;-26;-25) .

xapxi
Vay c6 tat ca 8 nghiém.
Cau96. ChonD

Phuong trinh < ZSinzx+(1—x/§)sinxcosx+(l—\/§) cos” x =sin’ x+cos’ x.

<:>sin2x+(1—\/§)sinxcosx— 3 cos’x=0.

pa
xX=——+krx

tan x = —1
c>tan2x+(1—\/§)tanx—x/§=0<:> \/_<:>
tanx =+/3 x=£+k7r
3
—£+k7z<0<:>k<lﬂ>kmax =0—>x:—£
Cho<0 4 4 4
%+k7z<O<:>k<—%ﬂ>kmax =_1_>x:_2T”

So sanh hai nghiém ta dugc x = —% l1a nghiém am 16n nhat.

Cau97. ChonB
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Ta co 4sin2x+3\/§sin2x—20052x:4<:>2(1—cos2x)+3\/§sin2x (I+cos2x)=4

3sin2x—cos2x:1<:>£sin2x—lcos2x:l<:>sin 2x—£ :l
2 2 2 2
2x—%:%+k27r x=£+k7r
o o = nghiém duong nho nhat 1a x=Z.
T Sz 6

2x——=—+k2r x=2vkr
6 6 2

CAu98. 3sin® x+2sinxcosx—cos> x =0 <> 3sin® x + 3sin x cos x —sin x cos x — cos> x = 0

3sin x 1 1

. . 3sinx—cosx=0 COS X tanx =—

< (3sinx—cosx)(sinx+cosx)=0 < | . = & 3
sinx+cosx =0 sin x

=-1 tanx =—1
COS X

1
x =arctan—+krx
o 3 (keZ).
s
x=——+kr
4

2x=0 nén

Do x, la nghiém duong nhé nhét ctia phuong trinh 3 sin’ x +2sin x cos x — cos
1

X, = arctan —.
3

Cau99. Taco: 4sin”2x—3sin2xcos2x—cos’2x=0
< 4tan’ 2x—3tan2x—1=0

tan2x =1
tan2x:l
4
xe(0;7) < 2xe(0;27)
y A [
o
[e) A T
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Cau 100.

Cau 101.

Cau 102.

Cau 103.

Cau 104.

Quan sat hinh v& ta ¢6: Phuong trinh ¢6 4 nghiém thudc (0;7).

Dang 3.3 Pinh m dé phuong trinh ¢ nghiém
Ta co:

1—cos2x l+cos2x

asin2x+2sin2x+3acos2x=2@aT+25in2x+3a 2

< 4sin2x+2acos2x = 4—4a(*).

Phuong trinh <> 3sin’ x+2msinx.cos x—4cos’ x=0 (1)

Vi cosx =0 thi sin’ x=1, thay vao (1) tacd 3.1+m.0-4.0=0 < 3=0 (vo 1y).

Do d6 cosx =0 khong thoa man.

Véi cosx # 0, chia ca hai vé ctia (1) cho cos’x ta duge 3tan’ x+2mtanx—4=0.

bat r=tanx, taco 3* +2mt—4=0 (2)

Phuong trinh bai ra c¢6 nghiém khi (2) c6 nghiém < A'=m’+12>0 ludn dung v6i Vm e R vi
m*+12>12>0 VmeR.

Vay véi moi m € R thi phuong trinh bai ra c6 nghi¢m.

Dang 4. Giii va bi¢n luan Phwrong trinh déi ximg
Dang 4.1 Khong c6 diéu kién cua nghiém
Chon B

2
bat t =sinx+cosx (|t| < \/5) =sin2x = th
t=1
t =3 (loai)

1 1_12 2
=t=1-——. St —-4+3=0&
2 2

=sinx+cosx=1 @x/zsin(x+%j: 1 <:>sin(x+%j :sin%

x=k2rx
X = z+ k27
2
Chon A

bat t=sinx+cosx=\/zsin(x+%j. Vi sin(x+%je[—l;l]:ﬂe[—ﬁ;ﬁ].

—

2

—_—

, . 2 . . .
Tacod ¢ =(smx+cosx) =sin® x+ cos’ x + 2sin x cos x = sin x cos x =

2 _ t=1
Khi d6, phuong trinh da cho tr¢ thanh ! 1+2t =2t +4t-5=0< -
2 t=—5(loar)

.. . . V4 1 . V4 .
Véi t =1, ta duoc smx+cosx=l<:>sm(x+zj=—<:>sm(x+zj=smz.

NG

x+ 2 =2 pon x=k2rx
o 44 . keZ.
Ve T X=—+k2rx
X+—=r—-—+k2x 2
4 4
Chgn A

bit t =sinx+cosx = sin2x =¢> —1.
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Phuong trinh da cho tr¢ thanh
Cau 105. Chgn A

3J§t+2(z2—1)+4=0@2z2+3ﬁz+2=0.

bat t:sinx+cosx:\/§sin(x+%j. Piéu kién —\/ESth/E.

, . 2 . . .
Tacod ¢ =(sinx+cosx) =sin’ x+cos’ x+2.sinx.cosx = sin2x =" —1.

Khi d6, phwong trinh da cho tr¢ thanh S(t2 - 1) +t+6=0< 5 +t+1=0: v nghiém.

Nhén thay trong cac dap an A,

B, C, D thi phuong trinh ¢ dap an D v6 nghiém.

Vay phuong trinh da cho twong duong véi phuong trinh 1+ tan® x = 0.

Cau 106. Chon B

Dit |sinx+cosx |= t(t € [—\/5; «/5]) = sin2x =¢* —1. Khi d6 phuong trinh tré thanh:

t=+6()
2t2—3\/gt+6=0<:> \/E :>|sinx+cosx|=£<:> 2 sin x+Z =i£
-~ 2 2
t (T™M)
2
x+Z=2kon
4 3
x+£=2—ﬂ+k27r
) s 3 . T 4
c>s1n(x+—j:i—c>s1n(x+—j:sln(i—jc> (keZ)
4 2 4 3 T T
X+—=——+k2r
4 3
x+£:4—7r+k27r
4 3
x:£+k27z x:£+k27z
12 2
x=5—ﬂ+k27r x=5—ﬂ+k27r x—£+k7r
o 127 (keZ)o 127 (keZ)e ;2 (keZ)
x:——”+k27z x:——”+k27z x——”+k7z
12 12 12
¥=7 e x=27 ko
12 12

Cau 107. Chon D

bat r=sinx—cosx (—x/EStS

x/z):>sinxcosx=1

Phuong trinh tré thanh (1+\/§)z—(z2 ~1)-43-1=0.

t

c>t2—(1+\/§)t+\/§:0<:>
t

Ciu 108. Chon C

=1

=\/§(|08'I')

str=1.

.3 3 ]. . . 3 . . .
sin® x +cos x:1—5s1n2x<:>(smx+cosx) —3s1nxcosx(smx+cosx):l—smxcosx

2 f—
bit sinx +cosx = t(|t| < \/5) = sin xcosx = % . Khi d6 ta c6 phurong trinh

2

| -1

2

t

£-3 t=1-

s

~3t+3=0 (1-1)(F -3)=0e1=1
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Cau 109.

Cau 110.

Cau 111.

Cau 112.

=sinx+cosx =1 <:>x/§sin(x+%j =1<:>sin(x+%j = sinz

4
x+%=%+k2ﬂ x=k2rx
Rt T 3 (keZ)<:> x=£+k27r(keZ).

x+—=—+k2x
4 4

Dang 4.2 C6 diéu kién ctia nghiém
Chon C

Dat t=sinx+cosx =\/5sin(x+%j, te[—\/z;\/z]

Taco t* =sin® x+cos’ x +2sin x.cos x =1+ 2sinx.cosx, suy ra sin x.cos x = 5

Phuong trinh da cho tré thanh
t=1

1

+2t=2 1 +4t-5=0 .
L_—Se[—ﬁ;x/ﬂ

J2

Tw do ta cod Zsin(x+%)=1 <:>sin(x+%j=—.

2
Nhu vay P= sin(x0 +%j = % :

T

Chgn A
Ta ¢ (1+sinx)(1+cosx)=2 <> 1+sinx+cosx+sinx.cosx=2.

& sinx+cosx+sinx.cosx=1< 2(sinx+cosx)+2.sinx.cosx =2.(*).

< . 1
Datt:s1nx+cosx( \/_<t<\/_):>s1nxcosx—

t=1

Khi d6 (*) tro thanh 2¢+¢* -1=2< ¥ +2t-3=0& -
t=-3 (loai)

=sinx+cosx=1.
, T T . T 2 ) 2
Ta co cos| x—— |=cosxcos—+sinxsin—=——(cosx+sinx)=——.
4 4 4 2 2
Chon C

Pbat t =sinx—cosx = ZSin(x—%J. Diéu kién —x/EStS\/E..

-7

, 2 . 2_ ) 2 . . _
Tacod t —(smx—cosx) =sin’ x + cos” x —2sin X COS X = sin xcos x =

_g t=-1
Phuong trinh da cho tré thanh 6t+l ! +6=0 -
2 t=13(loai)

zsm(x_gj _1@51n(x_£j=_7@51n(£_xj %
w3l

Chon D

* -1
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Tacod (1+\/g)(sinx—cosx)+sin2x—l—\/§ =0

. 2 . B sinx—cosx=1 (im)
< —(sinx—cosx) +(1er/g)(smx—cosx)—\/g—0c{sinx_wsx:\/g (0

Do d6 sin| x—= =L(sinx—cosx):£.
4) 2 2
Cau 113. Chgon C
L sinx #0 )
biéu kién { <sin2x#0.
cosx =0

sinx cosx
+

Ta co \/E(sinx+cosx):tanx+cotx<:>x/a(sinx+cosx): —.
cosx sinx
2 2
c>ﬁ(sinx+c0sx):w®2sinxcosx.x/§(sinx+cosx):2‘
sin x cos x
2_
Dat r =sinx+cosx (—\/EStS\/E):sinxcosx:t 5 1.

Phuong trinh tré thanh < \/Et(tz —1)=2<:> £—t-2=01=+2.
:>sinx+cosx=\/§<:>sinx:\/5—cosx.

2
Ma sin2x+cos2x=1:>coszx+(\/§—cosx) =1<:>2coszx—2\/zcosx+1=0.

2 1
@(\/Ecosx—l) =0 cosx=$.
Cau 114. Chon D

-7

bat r =sinx—cosx (—ﬁﬁtﬁﬁ):sinxcosxz

Phuong trinh tré thanh (1+\/§)t+1—t2 —1-/5=0.
t=1

c>12—(1+\/§)t+\/§:0<:>|:t:\/§(loaT).

=sinx—cosx=1<cosx=sinx—1.

o , . . . 2 sinx=0
Miit khac sin® x +cos’ x =1=> sin’ x +(sinx —1) :1<:{ , .
sinx =

Cau 115. Chon B
o . . T <A ‘a
Pbat t =sinx—cosx = 2s1n(x—zj.Dleuk1¢n —\/Eétéx/z.
ro2 . 2 .2 2 . . 2
Taco ¢ =(s1nx—cosx) =sin“x+cos"x—2sinxcosx =>sin2x=1-¢".

t=0

Phuong trinh d cho tré thanh 1-£* +t=1< ¢’ —t:O<:>L e

1

Véi t =1, ta duoc \/Esin(x—szlasin(x—zJ——.
4 4)
0.

Véi t =0, ta duoc \/Esin(x—%j=0<:>sin(x_%j:

Cau 116. Chon B
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Cau 117.

Cau 118.

Cau 119.

bat t:sinx+cosx:\/§sin(x+%j. Piéu kién —\/ESth/E.

, . 2 . . .
Tacd #* :(smx+cosx) =sin’ x+cos’ x+2sinxcosx = sin2x=¢>—1.

2

t=1
t=-3(loai)

Phuong trinh da cho tré thanh 1 =1- ! SPE+2-3=0c {

Véi t =1, ta duoc \/Esin(x+%j=1<:> sin(x+%}=L<:>sin(x+%)=sin%.

J2

x+£:£+k27z x=k27
= 4 4 keZ.

T 5
x+Z=r-Zikon x—5+k27z
4 4

TH1. V6i x=k2n <0< k<0=>k,  =-1>x=-2r..

TH2. Véi x= 24 k2r <0 k<—s =k ——1—>x=— %
2 4 2

Vay nghiém am 16n nht ctia phuong trinh 13 x = —377[.

Chon B

,(OStS\/E)

bat ¢t =|sinx+cosx

2

=1’ =1+2sinx.cosx = sinx.cos x = . Phuong trinh da cho tré thanh:

£ +2t-3=0 <=1 (théa man) hoic ¢t =-3 (loai).

Voit=1=sin2x=0 :>x=k7ﬂ.

Trong khoang (O;27r) cac nghiém cua phuong trinh la: {%;7[;377[}.

Suy ra tong cac nghiém ctia phuong trinh trong khoang (O; 272') la 37 .

t

2
. . -1 , )
Dat ¢t =sinx+cosx, [f{<+2 = sinxcosx = — ta c6 phuong trinh

2

-1 t=1

t=-5 (loai)

+2t:2<:>t2+4t—5:0<:>{

: , -1 : :
Véi t =1, ta ¢6 sinx,.cosx, :T:O:sm2x0 =0= P=3+sm2x,=3

TXD: D=R.

bat P=+l+sinx ++/1+cosx = P? =2 +sinx+cosx+2+/1+sin x +cosx +sin xcos x .

bat t =sinx+cosx = 25in(x+%j :te[—\/z;x/i].

* -1
o

2_
Vay P’ :2+t+2,/1+t+t—21 =24 t42+1).

TH1: —2 <t<—1 thi P’ :(l—x/f)t+2—\/§.Khi d61<P*<4-22.

Khi d6 * =1+ 2sin xcosx = sin xcosx =
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Cau 120.

Cau 121.

Cau 122.

Cau 123.

TH2: —1<¢<+/2 thi PZ:(1+\/§)t+2+\/§.Khid(’) 1<P*<4+22.

Vay 1< P2<4+2J2 ma P>0 nén 1< P*<4+22 > 1< P<~4+242 .

Phuong trinh ¢6 nghiém khi 1 <m < \/4+2«/5 .
L(0<1<+/2)

bit ¢ =|sinx+ cosx

2

=1’ =142sinx.cos x = sin x.cos x = . Phuong trinh da cho tr¢ thanh:

£’ +2t-3=0 < ¢=1 (thoa man) hoic ¢ =-3 (loai).

Véit=1=>sin2x=0 :x:kg.

Trong khoang (0;27) céc nghiém cua phuong trinh la: {%;72’;37”}.

Suy ra tong cac nghiém ciia phuong trinh trong khoang (O; 27) 1a 3.
Chgn A

Phuong trinh < 1+ (sinx+cosx)(1—sinxcosx)= %sin 2x .
< 2+(sinx+cosx)(2—sin2x) =3sin 2x.

2_
bat r =sinx+cosx (—\/ESZ‘S\/E)DSHIXCOSX=%.

Phuong trinh trg thanh 2 + t(2 -+ 1) = 3(t2 — 1) :
f=-1

t=—1++/6(loai)

<:>t3+3t2—3t—5=0<:>|:

Voi t =-1, ta dugc sinx+c0sx:—lc>sin(x+£j:—i.
4) 2

Ma sin?| x+2Z |+cos?| x+Z |=1= cos?| x+Z =l<:>cos x+ X =i—2.
4 4 4 4

Chon C

bat t=|sinx+cosx| :\/5

: r
sin| x+=—
( 4)

, . 2 . . .
Taco +* =(sinx+cosx) =sin’ x+cos’ x+2sinxcosx = sin2x =¢> —1..

NG

Vi sin(x+%je[—l;l]:>te[0;\/5]

t
Phuong trinh da cho tré thanh 2(¢* —1)-3/61+8=0 < 2

t=\/€(loaT)'

sin2x =¢* —lzl.
2

Dang 5. Bién d6i dwa vé phwong trinh tich

Dang 5.1 Khong c6 diéu kién cua nghiém

Cach 1: BK: xeR (*)

Phuong trinh < sin x(3 —4sin’ x) —4sinxcos2x=0
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) 1—cos?2 }
<:>s1nx(3—4.ﬂ—4cos2xj:0<:>smx(l—2c052x):0
sinx=0 x=km x=kr
= = = k €7Z) thoa man (*).
costzézcos% 2x=i%+k2ﬂ x=i%+kﬂ' ( ) ©)

Cich 2: Phuong trinh < sin3x—2(sin3x—sinx)=0
< —sin3x+2sinx=0 < sinx(4sin2x—1)= 0
x=kr

<:>sinx(1—20052x)=0<:> T ks

Cau 124. Cach 1:
Ta co: sin2x+2sin’* x—6sinx—2cosx+4 =0
<:>(2sinxcosx—2cosx)+(2sin2x—6sinx+4)=0

< 2cosx(sinx—1)+2(sinx—2)(sinx—-1)=0 < (sinx—1)(sinx+cosx—2)=0
x=£+k27r
2

sinx =1 V4
@{, 2<:> Sx=—+k2r, kelZ.
sin x +cos x = Sin(x+%j=\/§(VN)

Dang 5.2 C6 diéu kién ctia nghiém
Cau 125. Ta co cosx+cos2x+cos3x =0 < (cos3x+cosx)+cos2x=0

< 2cos2x.cosx+cos2x=0< cos2x(2cosx+l)=0

2x:§+kn x=%+k§
cos2x=0 ) 5
& 1 & x="Liron o x=L1kon (keZ)
cosx:—z 3 3
x——2—n+k2n x——2—n+k2n

Vay biéu dlen tap nghlem cua phuong trinh cos x + cos 2x +cos3x = 0 trén duong tron luong giac
ta duoc s6 diém cudila 6.

Cau 126. Ta c6 phuong trinh sin 5x cos 7x = cos 4xsin 8x <> %(sin 12x —sin2x) = %(sin 12x +sin4x)

kr
. X =—
. . . sin3x=0 3
& sin4x+sin2x =0 < 2sin3xcosx =0 & & (1).
cosx=0 V4
x=—+km
2 4
Vi xe€(0;27)nén tir (/)suyra x € rx ,—ﬁ,s—”,£,3—ﬂ.
3737773737272
Vay tong tit ca cac nghiém cta phuong trinh 1a %+2?ﬂ+7r+47ﬂ 5;[ %+327r .

Cau 127. sin2x+3cosx=0 < 2sinx.cosx+3cosx=0 <:>c0sx(2s1nx+3)
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cosx=0x="tkr (keZ)
= ; 2

sinx:—z (loai vi sinxe[—l;l])
Theodé:xe(O;7r):>k=0:>x:%.

Cau 128. 2cos’ x+cos’ x+cos2x=0 < 2¢cos’ x+cos” x+2cos’x—1=0

cosx—l—cosZ x—+£+k27r
< 2cos’ x+3cos’x—1=0 < R TR =N R keZ.
cosx=-—1 x=rxw+k2x

Vi x 6[0;1372'] nén

g= 2’7_7r’137r 197 257 31zx 37« 5_72 11z 177 237 297r’3572’”’37295”’7”’9”’117[,13”
333 3 3 3 3 3 3 3 3

b b b b b

3 °3
4007

b b b b

Viy tong cac phan tir cua S 1a:

Cau 129. Taco: cos3x—cost+9sinx—4:()<:>4cos3x—3cosx—(1—25in2x)+9sinx—4=0.
c>cosx(4(1—sin2x)—3)+2sin2x+9sinx—5:0.
< —cosx(2sinx—1)(2sinx+1)+(2sinx—1)(sinx+5)=0.
< (2sinx—1)(-2sinx.cosx—cosx+sinx+5)=0 (*).

Do sinx—cosx = 2sin(x—%j2—\/§; —2sinx.cosx =—sin2x > —1.

nén; —2sinx.cosx—cosx+sinx+5=sinx—cosx—sin2x+5 24—x/§ >0.

T
| x=—+k27
(*) <= 2sinx—1=0<sinx=— < (keZ).
2 Y4
x=—+k2x
6
Vi x=£+k27r, x6(0;37r):>0<£+k27z<37r<:>_—1<k<1—7.
6 6 12 12
keZ:ke{O;l}:xe{%;%}.

) 5 _
Véi x:—”+k27r, xe(0;37r):>0<5—7[+k27r<37rc>—5<k<£.
6 6 12 12

keZ:ke{O;l}:xe{%;”Tﬂ}.

Tap nghiém cta phuong trinh da cho la: § = 1;5—”;13—”;17—” .
6 6 6 6
Tdng tat ca cac nghiém 1a 67 .

Cau 130. Pidu kién: x ¢%+k7z, keZ.
Phuong trinh da cho twong duong véi (2 sinx—l)(x/gtanx+ 2sin x) =4sin’ x—1.
<:>(2$inx—1)(x/§tanx—l):0.
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Cau 131.

Cau 132.

Cau 133.

x=£+k27r
sinxza 567[ x:%+k27z L
= Slx=—+k2r < , (keZ) (thoa man diéu kién).
tanx =— 6 x=Ltkn
\/5 x=£+k7z 6

*Truong hop 1: Vi x:%+k27z, (kezZ). (1)

XE[O;ZOE]QOS%-F/{ZESZOE @gsks%.l\/la keZ nén ke{0;1;2...;9}.

= Téng tat ca cac nghiém thudc doan [O; 207[] cua ho nghiém (1) la:

9
S, ZZ(%+/€27Z') =29%.

k=0
*Trudng hop 2: Voi x=%+k7z, (kez). (2)

xe[0:207] ¢ 0<%+ kr < 207 @%Sks%.Mé keZ nén ke{0;1;2...:19}

= Tbng tit ca cac nghiém thudc doan [0;207r] cua ho nghiém (2) la:
19
-3 Z ek )2
i\ 6 3
A LA , Ao o \ 875
Vay tong cac phantircua 7 1a S, + S, = Tﬂ .

Tacod 2sin’2x+cos2x+1=0 < 8sin’ xcos’ x+2cos’ x=0

c>2coszx(4sin2x+1)=0©coszx=0c>cosx=0<:>x=g+kn (keZ).

Baira x € [0;20181t] nén g—i-kn 6[0;2018n]:> ke {0; 1;2;3;...; 2017} .

Do d6 s6 nghiém ciia phuong trinh 2sin” 2x+cos2x+1=0 trong [0;2018x] 1a 2018.

sinx+4cosx=2+sin2x
& sinx—2=2sinxcosx—4cosx

< sinx—2=2cosx(sinx—2)
& (sinx—2)(1-2cosx) =0
sinx =2(/)

117z 1
3 3

Vay phuong trinh c6 5 nghiém trong khoang (O; 57[).

Diéu kién sin2x #0.

8cot 2x(sin6 x +cos’ x) =%sin 4x < 8.— ———cos4xj :%.ZSin 2x.c0S2x
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< 05 2x(9+7cos4x) =0 < cos2x =0 <:>x=£+k£,keZ.

3 4
Y d
Y 4
\x/
70, N X
7 N
4 N
S5r T
4 4

S6 diém biéu dién nghiém cta phuong trinh trén dudng tron luong giac 1a 4.

Cau 134. Ta cb /3 sinx = cos (37”— 2xj < V3sinx =sin(2x-7)

= 3sinx:—sin2x<:>\/gsinx:—Zsinxcosx

sinx=0 x=km
& & 5 kelZ).
cosx:—gzcoss—” x=i%+k27z ( )

Baira XE[—%;—JZ} nén k72'6|:—37ﬂ.;—7l':|:>k=—1:>)€=—7l'.

5—7T+k27re —3—7T;—7z :kz—l:x:—z.
6 2 6

——+k2ﬂe{—3§;—7r}:>ke@:>xe@.

Do d6 s6 nghiém thudc [—37”;—721 cua phuong trinh da cho 1a 2.
Cau 135. Tacé:

cos(7+x)+ 3s1nx:sln(3x—5j<:>—cosx+ 3sinx =—cos3x

= —2sin2xsinx+\/§sinx:0 <:>sinx(—2sin2x+\/§):0

=k
sinx=0 e
& B © x=£+k7z,keZ.
Sin2x:7 6
x=Ztkn
L 3
e V61 x =km , trén nira khodng {—47”,%} ta co: —4—ﬂskﬂ<% @—i3k<%

= k e{-1;0}. Suy ra cac nghiém 1a x=-7z, x=0.

) Vs ., \ 4r , 4Arn & V4 3 1
o Vi ng—i-kﬂ,tren ntra khoang [——;—j tacd: ——<—+hkr<— & ——<k<—

2

= k € {-1;0} . Suy ra cac nghiém la x=—5—7r, ==

6

o Vi x=%+kﬂ,trénmﬁ:akhoéng [—4—7['2) ta co: —4—7TS£+k7r<Z c>—§Sk<l

>
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) 2
= k €{-1;0} . Suy ra cac nghiém la x:—Tﬁ, ng.

£ 4
Suy ra s6 nghi¢m trén nira khoang [_Tﬂ’%j cua phuong trinh 1a 6.

Cau 136. Phuong trinh <> (cos4x+cos2x)+(cos3x+cosx) =0 < 2cos3xcos x+2cos2xcosx =0

Vq
x=—+kn
cosx=0 2
<:>4cosxcos57xcos£:0<:> coss—x:0<:> ng %—ﬁ,(keZ)
x=rn+2kr
cos—=0
Do —7 <x < nén: )
Vg
. *==
x:—+k7ze(—7z;7z)c>
2 b4
xX==
2
x:i3—”
7w 2k 5
x:—+—e(—7z;7z)c> )
5 5 T
xX=t—
5

Cau 137. (1+cos4x)sin2x =3cos’ 2x < 2cos? 2x.sin2x—3cos* 2x =0

< cos” 2x(2sin2x-3) =0 cos2x =0 <:>2x:§+k7r<:>x:%+k%(keZ).

Xét 0§%+k£§z@—lgks%:>k=0;1.
Viy tong cac nghiém bang z+3Tﬂ=7r.

Cau 138. Chon D

3sin® 2x+cos 2x —1=0,x € [0;47) < 12sin’ x.cos’ x—2sin’ x =0

sinx=0 Q)
sinx=0
6
— , l1&jcosx=— (2)
cos x=g 6

€)

COSX =—

> | &

Ho nghiém x =kx c6 4 nghiém trong [O; 472')

Trong mdi nira khoang [k27r;k27z+ 27[) phuong trinh cos x = c6 2 nghiém phan biét. Do do

J6
6

CosS X = ?6 c6 4 nghiém trong [0;47r) )
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Tuong tu, trong mdi nira khoang [k27z;k27r + 27[) phuong trinh cosx = —?6 c6 2 nghiém. Do d6

COS X = —?6 c6 4 nghiém trong [O; 47r) .

Trong cac ho nghiém cua,, khong c6 hai ho nao c6 phan tir chung nén chon dap an D.
sin3x+2cos2x—2sinx—1=0

< 3sinx—4sin® x+2—4sin’* x—2sinx—1=0

< 4sin’ x+4sin’ x—sinx—1=0

. 1 T
Cau 139. Taco: sin x = 5 xX= g +kx

. 1 T
Slsinx=——& | x=——+knx
2 6

sin x = -1

Do xe(—%”;oj nén phuong trinh c6 cac nghiém la: x:—%;x:—%;x:_s%

Dang 6. Giii va bi¢n luin phwong trinh lwgng gidc chira 4n & miu
CAu 140. Cach 1: Piéu kién x4c dinh: cosx #0 < x ¢%+Z7Z' voi leZ.

Khi d6 phuong trinh tré thanh
sinx=1 ()

cos2x+3sinx—2=0 < -2sin’ x+3sinx-1=0 <| 1
smsz (2)

xX= z + k27
Déi chiéu diéu kién ta loai phuong trinh (1) . Giai phwong trinh (2) duoc
T
x=—+k2rx

véi keZ.
" T RY/4
Cau 141. TXb: D= R\{g+ k2ﬂ,?+ k2r,k e Z} .
Phuong trinh tr¢ thanh:
J3sinx—cosx =0 QZSin(x—%j:O @x=%+k27r (keZ).

Vay nghiém ctia phuong trinh 13 x = 7?7[ +k27 (keZ).

Cau 142. Diéu kién xéac dinh: tanx # —/3 .
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Phuong trinh trong duong: 2sinxcosx+2cosx—sinx—1=0 < (2cosx—1)(sinx+1)=0

x=£+k27r
3

1
cosx=— x:—%+k2ﬂ'.DO tanx # —/3 nén x:—%+k27r loai.

sinx =—1

x=-Zikon
2

T SR geX A \ \ .y . -2
X= §+ k27 bieu dien trén duong tron luong gidc c6 1 diem.

T .2 X A N N ., , < X
X= —3+ k27 biéu dién trén duong tron luong gidc c6 1 diém.

Vay ¢6 2 vi tri biéu dién nghiém ctia phuong trinh trén duong tron luong gic.
Cau 143. Dicu kién xac dinh sinx =1.

1
coS X =—
2
Phuong trinh twong duong (2cosx—1)cosx.(2sinx—1)=0 < | cosx=0 .
. 1
sinx =—
L 2
r
x==
Vixve|0,Z|vasinx#1nén| > .DodoT=2.
2 V4 2
x==
6

Cdu 144. Chon A
<A N , . \/g T
Didu kién x4c dinh: 2cosx—+/3 # 0 < cosx¢7c>x¢ J_rg+l27z(le Z).

3—cos2x+sin2x—5sin x—cosx
=0
2COS)C—\/§

Voi Vx # i% + 127z(l € Z) phuong trinh

< 3—cos2x+sin2x—5sinx—cosx =0

&> 3—1+42sin’* x+2sinxcosx—5sinx —cosx =0

<> (2sin xcosx —cos x)+2sin’ x—5sinx+2=0

<> cosx(2sinx —1)+(2sin” x —sin x) — (4sinx—2) =0
< (2sinx—1)(cosx+sinx—2)=0

< 2sinx—1=0 (vi cosx+sinx—2=ﬁsin(x+%j—2£\/5—2<O)

. x=24kon
Ssiny=—< 6 (keZ)
2 Y4
x=—+k2rx

Két hop didu kién, phuong trinh ¢6 nghiém x = %Z + k27z(k € Z) .

Ma x6[0;10072']30S%+k2ﬂ£100ﬂ@—iﬁkﬁ%

keZ = k=0;1;2;3;...;49.
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R . 49
Vay tong cac nghiém thudc [0;1007 | cua phuong trinh bang Z(%{ + k27rj _J4757
k=0

CAu 145. Diéu kién: sinx+cosx #0< x # —%+k7r,k eZ.

Phuong trinh twrong dwong: cos4x—cos2x+2sin* x =0
< 2c0s’ 2x—1—cos2x+1—-cos2x =0
< cos’ 2x—cos2x =0

cos2x=1 x = kr
= .
cos2x=0 x:£+k£
4 2
x=kr
Két hop voi diéu kién thi phuong trinh c¢6 nghiém la ju .
X= 1 +km

Biéu dién nghiém ctia phuong trinh trén dudng tron luong giac ta dugc cac diém cubi cua cac
cung nghiém tao thanh mot hinh chit nhat. D6 1a hinh chir nhat ACA’C’ nhu hinh vé, trong do6

do0c==.
4
1sin
B
C
A' 0 A _cosin
-1 1
C'
B‘
1

Tir d6 ta co, dién tich da gidc can tinh 1a S, =4S, = 4.5.OA.OC.sin% =2.

CAu 146. Diéu kién sin x+cosx #0 @sin(x+%j¢0 ox+lzkn @xi—%ntkﬂ,(keZ).

. sin xsin2x+ 2sin xcos” x +sin x + cos x
Ta co: :x/gcosbc

sin x + cos x

sin 2. (sin x +cos x ) +sin x +cos x
o

- =+/3cos2x
sin x +cos x

(sin2x+1)(sinx+cosx) J3cos2
= X

sin x +cos x

< sin 2x—\/§cos 2x=-1& sin(Zx—gj = sin(—%)
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2x—£:—£+k2ﬂ x:£+k7r
o 3 6 o ;2 (kez).
2x—£:7r+£+k27r x:—”+k7r
3 6 4

Thu lai diéu kién, phuong trinh da cho c¢6 nghiém la: x = % + kﬂ'(k € Z) .

. 11
Trén (—z;7) phuong trinh da cho c6 cac nghiém la: z. —1—27[ :
Cau 147. Chon C
DK: cosx#0

Khi dé, phuong trinh < (200s2 x—l)-cos2 x—(l—cos2 x) =cos’ x—cos’ x—1
& 2cos’ x+cos’ x—cos’ x =0
< 2cos’x+cosx—1=0 (vi cosx#0)

x=m+k2rx
cosx=-—1

=

T
S|\ x=—+k2n
COSX = 3

1
2

x:—%+k327z

Vi x€[l;70] nén 0<k;k, <10;1<k, <11

Ap dung cong thtrc tinh tong 11 s6 hang dau tién ciia mot cap sb cong, ta co

s=zi1022)+ L Z o[ Z 1007 ||« L[ Z 1oz |4 - E s 1127 || = 3637
2 203 (3 I 3

cost £ 0 sin® x # 1
Cau 148. * DKXD: {

<YL, 1
cos2x =0 sin” x #—
2

* Ta co:
2 2 2
sin“ x+a” —2 ) . . .

T T TS o P cos’ x=sin’x+d’ —2 < —a’sin’ x =sin’ x—2 < sin’ x = 22
I—tan” x cos2x i l+a
B¢ phuong trinh da cho c6 nghi¢m diéu kién la:

2

7€ [0:1]
I+a 2 0:1

2 1+a2€( ’) 1+a%>>2 |a|>1

- #1 = = 5 =
l+a 2 il l+a* #4 |a|¢\/§
2 1 l+a*> 2

7S
l+a” 2

sinx # 0

CAu 150. Diéukién <
sinx+cosx#0

Ta co 2(1+cosx)(sinx+cosx)=sin’ x.(sinx—1)

< 2(1+cosx)(sinx +cos x) :(l—cos2 x).(sinx—l)
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< (1+cosx)(sinx+cosx+sinxcosx+1)=0

o (1+cosx)2 (I+sinx)=0 < K:i::ll

Chi ¢6 sinx = -1 1a théa diéu kién ban dau.
Vay cac nghiém ciia phuong trinh dugc biéu dién boi 1 diém trén dudng tron luong gidc.
Dang 7. Giai va bién ludn Mt sé bai toan vé phwong trinh lwong giac khac

Cau 151. sin®"® x+cos™® x = 2(sin2020 x+cos”™ x) & sin®"® x(l —2sin’ x) +cos™"® x(l —2cos’ x) =0

. 2018 2018 cos2x =0
<sin” " x.cos2x—cos” Txcos2x=0<| o s

sin”® x = cos™"* x
+ cost=0c>2x:%+k7r @x:%wtk?ﬂ(keZ) (1)

2018 2018

+ sin®™® x = cos™"® x < tan™"®

x=1 (x=%+kfz khong 13 nghiém) < tan x = +1

@x:i%+kﬁ(keZ) (2). Tu (1) va (2) taco x:%+k7ﬂ(keZ)la nghiém cua pt.

Do x € (0;2018) :>0<%+%”<2018 =0<k<1284,keZ.

Vay tong cac nghiém cta phuong trinh trong khoang (0;2018) bang

1284.1285 (1285)2
= r

Z 1285 +(142+...+1284) 2 = Z 1285+
4 2 4

Cau 152. Chon D.

s ... |cosx#0 ) Vid
bicu kién < . osin2xz20sx#k—, kel
sinx#0 2
) .X X
X sin xsin —+ coS X COS —
(1+tanxtan5jsinx+cotx:4c> 2sinx+cotx:4
X
COSXCOS—
2
X
CcOS —
@—2sinx+cotx=4<:>tanx+cotx=4<:>tan2x—4tanx+1:0
X
COSXCOS—
2
tanx=2+\/§ x:S—”+k7r
2

= .
tanx=2—ﬁ= ! < 7[+l
x=—+Ir
2+\/3_ 1

Vi hai ho nghiém trén dé théy nghiém duong nhé nhat 1a %; dé duoc nghiém am 16n nhét ta déu

cho k£ =/=-1 dugc nghi€ém am _7—”,ﬂ khi d6 nghiém am l6n nhét 1a ﬂ
12 12 12
Ta co _7—ﬂ+£=—£.
12 12 2

Cau 153. Cach 1:
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bk: -2019<x<2019
Nhén xét x=0 la nghiém cta phuong trinh.
Néu x = X, 1a nghiém cua phuong trinh thi x = —x, cling 1a nghiém cua phuong trinh

Ta xét nghiém cua phuong trinh trén doan [0;2019] . V&d6 thi cia ham s6 y =sinxva y= leg

. Ta thiy:
Trén doan [O; 27[] phuong trinh c¢6 hai nghi¢m phan biét

Trén ntra khoang (27[; 47[] phuong trinh c6 hai nghi¢m phan biét

Trén nura khoang (47[; 67r] phuong trinh c6 hai nghiém phan biét

Trén ntra khoang (6407[; 6427[] phuong trinh c6 hai nghi¢m phan biét

Trén ntra khoang (6427[; 2019] phuong trinh c6 hai nghi¢ém phan biét.

Nhu vay trén doan [0;2019] phuong trinh ¢6 mot nghiém x=0 va 321 x 2 +1 =643 nghiém
duong phan biét. Ma do x = x, 1a nghiém cua phuong trinh thi x = —x, cling la nghiém cua
phuong trinh nén trén nira khoang [-2019;0) phuong trinh ciing ¢6 643 nghiém dm phén biét.
Do d6 trén doan [—2019; 2019] phuong trinh c6 sé nghiém thyc 1a 643 x 2 +1 = 1287 nghiém

Vay s6 nghiém thuc ctia phuong trinh da cho 1a 1287 nghiém.
Cach 2:
bk: —2019<x<2019

tacd f(x) 1aham sb 1¢, lién tuc trén R va f'(x) = cosx —

, . X
Xétham so f(x)=sinx— ,
/) 2019 2019

—0< x=*a+k27 V6i cosa = va ae(O;%).Chia (0;2019]

2019 2019
thanh hop céc nira khoang (k27;27 + k27| ( v6ik =0;,320) va (6427;2019] (vi
2019~ 642,677)
Xét trén moi nira khoang (k27r; 27+ k27r] (voik =1;320), tacod f'(x)=0 co hainghiém la

f'(x)=0< cosx —

X =a+k2r va x,=—a+2x+k2n

k2x

Tacd f(k2n)=—- <0

/ ) 2019
f(x1)=sina—a+k2”= 2020'2018_05_1&”>Od005€ O;Z va k2r <6427

2019 2019 2
. —a+2r+k2x

=—sina —

S(x,) 2010
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—k2m =217
2r+k2r)y=——-"—<0
/( ) ) 2019
Bang bién thién
x | k2n X4 Xy 2n+k27
f(x) + 0 - 0 +
f(xy)
y=0
f(x)
fon+k2m)
f(k2m) f(x,)

= Trén(k27r; 27+ k27r] phuong trinh f(x)=0 c6 ding hai nghi¢m phén biét (voi £ =1;320)

Tuong tu xét trén nua khoéng(O; 27[] phuong trinh c6 mdt nghiém va trén nua khoang

(6427[; 2019] phuong trinh c6 hai nghiém.
Tir d6 s nghiém cua phuong trinh di cho 1a 2.[320.2 +1+ 2] +1=1287
Nhén xét: dé hoan toan khong phtt hop trong dé thi

Cau 154. cos2x.sin5x+1=0< %(sin3x+sin 7x) =-1<sin3x+sin7x=-2

2

SiIl’7_x =—1 Tx= _-fz'4‘}%227f X = ——.f%i 4_}%._:55
Q{ 3 1<:> ’ A 5 (k.leZ)

sin3x = — 3v=-Z 4121 x=—%+lTﬂ

1 2k 1 2!
= =4 =
14 7 6 3
= -3+12k=-7+28!/

-4+280 —1+71
12 3

= k=

Vi xe[—%;n} nén —£<—%+1277[<7r, giai ra ta dugc /=0,1.

D=0 k=2 (loai)
12
Ol=1=k=2

Vay phuong trinh c6 mot nghiém x = % € [—%;ﬂ} .

007y cos™™® x) +cos2x

Cau 155. Taco: sin®"” x—cos™® x = 2(sin
& sin®? x(l —2sin? x) +cos”"'® x(2 cos’ x— 1) =cos2x
cos2x=0

- 2015 2016 :
sin” " x+cos” " x=1

2015 2016

& sin” - X.c082x+C0ST  X.CoS2x =cos2x & [

Véi Cos2x=0<:>x:%+k%,keZ
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Cau 156.

Cau 157.

Vi x e[-10;30] :>—10S%+k%£30<:>—§—%sk£@—l:—6Sk£18.
T T

2015 2016

Vi sin®” x+cos®'®x=1. Ta co sin®"

2016

x <sin® x;co8™'® x < cos” x .

016 sinx =0,cosx =+*1

r - 2015 : 2 2
Do dd 1=sin"""x+cos™ ° x<sin" x+cos x=1 suyra{

sinx=1,cosx=0
Néu sinx=0=x=kr,keZ.

Vi xe[-10;30] = -10<kx <30 o0 5ckco.
T T
Néu sinx:1<:>x:%+k27r,keZ.
Vi x e[-10;30] 10 k<302 tapB o yoray,
2 7 4 T

Vay s6 nghiém ciia phuong trinh di cho 1a: 13+6+25=44.

Dang 8. Giai va bi¢n luan Phwong trinh lirgng gisc chira tham s6

Ta co sm6x+cos6x+3smxcosx—z+2:0c> 1—3sm2xcoszx+3smxcosx—z+2:0

bat t =sin2x, -1<¢<1.
PT tr6 thanh —3* + 6t +12=m .
Xéthamsd f(t)=-3+6t+12, —-1<t<1

t -1 1

Phuong trinh sin® x +cos® x + 3sinxcosx—%+ 2=0 c6 nghiém thuc khi 3<m<15.
Vay c¢6 13 gia tri nguyén cta tham sb m .

Ta xét phuong trinh cos2x+ m|sinx|-m =0 < -2sin” x+m|sinx|+1-m =0 (1)
Dit [sinx]=¢ (0<r<1) khid6

()20 +mt+1-m=0

Dé phuong trinh cos2x +m |sin x| —m =0 c6 nghiém khi va chi khi (1) c6 nghiém t théa 0 <7 <1

217 -1
2 +mt+1-m=0 omit-1)=2"-1<m= 1 (*) (Vi ¢ = 1khong phai la nghiém cua
phuong trinh)
21 1 x=+2+1
Xéthamsbd y = al trén [0;1).Tacc’) y'=2- :y'=0

=0
x:ﬁ—l

x—1 (x—l)z’
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X 0 \5_1 1

. Do m nguyén duong nén m=1.

: —2+342
bé phuong trinh (*) c6 nghiém < m < T\/_

Cau 158. Taco

cos2x —(2m+1)cosx+m+1=0< 2cos’ x—(2m+1)cos x +m =0

cosx =m
< cosx(2cosx—1)—m(2cosx—1)=0 < (2cosx—1)(cosx—m)=0< 1.
coSXx =—
2
T 37\ . R . 1 R , n T 37

Do x e 5,7 nén cosxe(—l;O)nen phuong trinh cosx:E khong c6 nghiém x € 5,7 .
Véy nén dé phuong trinh cos 2x—(2m+1)cosx+m+1=0 c6 nghiém xe(%;%) khi phuong

trinh cosx =m c6 nghiém x e (%,37”) nghiala —-1<m<0.

Cau 159. Phuong trinh da cho tuong duong véi:

. 3 ) ) ) m
(sm2 X+ cos’ x) —3sin? x.cos? x.(sm2 X+ cos’ x) +3smxcosx—z+ 2=0

o —ésin2 2x+§sin2x—ﬂ+320
4 2 4

<::>—§(sin2x—l)2 +1—5=ﬂ.
4 4

Phuong trinh trén c6 nghiém khi va chi khi % € [%,175} S me [3;15]

Vay c6 13 gia tri nguyén cia m dé phuong trinh da cho ¢6 nghiém thuc.
Cau 160. Chon A

Ta co

2sinx+(m—1)cosx=—m

_ cosx—2sinx

cosx+1
_ cosx—2sinx

bat f(x)

cosx+1

dé phuong trinh ¢6 nghiém x € [O;%} khi va chi khi min f(x) <m < max f(x)
2

b
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5 X 2t 1-¢
dat r=tan— = sinx =—-—,cosx = _
2 1+1 1+t
1-¢ , 2
I3 — 1 2_ .72 _2_
Khi d6 ham s6 £ (x) = S5X =250 o tpanh g (1) = At Leel _ZCZHHL oy rg)
cosx+1 1—¢
> +1
1+1¢

g'(1)=-1-2;g'(t)=0=1=-2¢[0;1]
1

g(0)=7:g(1)=-2

Suy ra min f(x)=-2; max f(x)=

23] 3]
1 . N )
Vay 2<m < 5 Céc gia tri nguyén cua m thoda yéu cau bai toan la {—2;—1;0}
Cau 161. Taco: 4cos’ x—cos2x+(m—3)cosx—1=0< 4cos’ x—2cos” x+(m—3)cosx =0
{cosx:O

4cos’x—2cosx +m—3=0 (1)

e cosx=0<x =§+ kzx, k € Z khong c6 nghiém thudc khoang (—%,%)

e Dit 1 =C0SX vj xe[—%;%) nén ¢ €(0;1].

Khi do phuong trinh (1)< 462 =2t+m-3=0  (2).

Ycbt <> phuong trinh (2) ¢6 2 nghiém phén biét #, ¢, thoa man 0<%, £, <.
Cach 1:

bat f(1)=4r -2t+m—-3,v6i t(0;1].

Khi d6, phwong trinh (2) ¢ 2 nghiém phan biét #, #, thoa man 0<%, ¢, <1

A'>0 m<l3
0)>0
/) m>3 L 13 S KOs o o i
S S S3<m<—, .
f(1)>0 m>1 2 i m nguyén nén khong co gia tri nao
—b
0<Z<1 O<l<1
4
Cach 2:

(2) e m=—4t"+2t+3=g(1)
Ta c6 bang bién thién cia g(t) trén t € (0;1] .
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1
t 0 4 i
g'(1) + 0 -
13
gil) 4
3 i

Tir bang bién thién trén phuong trinh (2) c6 2 nghiém phén biét #, ¢, théa man

0<t,t,<1
X 13 .. A A n e s
thi 3<m< e Vi mnguyén nén khong c6 gia tri nao.
Cau 162. Taco:
3 2 - 2 2 - 2 < 2 2

cos’ 2x —cos’ 2x = msin® x < cos’ 2x(cos2x —1) = msin’® x < sin x(2cos 2x+m)=0
<208’ 2x+m=0 < cosdx=-m—1.

Co xe 0;£ =4xe 0;2—7[ :>—l<cos4x<l
6 3 2

Dé phuong trinh ¢6 nghiém xe[O;%j thi —%<—m—1<1 <:>—2<m<—%.

Do meZ nén m=-1.
Cau 163. Ta co: (1+cosx)(cos4x—mcosx):msinzx<:>(1+cosx)(cos4x—mcosx)—m(l—cos2 x)zO

cosx=-1

1 4x— -m(1- =0 :
& (I+cosx)[ cos4x—meos.x—m(1-cosx)] c>Los4x:m

» Xét phuong trinh cosx=—-1< x=7+k27 (keZ).

Phuong trinh cos x =—1 khong c6 nghi€ém trong doan [0;2?”} .

> Xét cosdx=m.Tacod xe [0;2?”} ©4dxe [0;8?”}.
Véi 4x €[0;27]\{z} va m e(—1;1] phuong trinh cos4x=m c6 2 nghiém.

Voi 4x e (27[;8?”} va me [—%;lj phuong trinh cos4x =m c6 1 nghiém.

Vay phuong trinh c6 3 nghiém phan bi¢t thude [O;%ﬂ khi m e[—%;lj.
Cau 164. cos3x—cos2x+mcosx =1
<:>4cos3x—3cosx—(20052x—1)+mcosx:1
< 4cos’ x—2cos’ x+(m—3)cosx =0
bat cosx =1 véi t e[-1;1]. Ta cb
t=0
T4 -2+ (m-3)=0(%)
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Vi £=0 thi cosx=0 < x :%+k7r c62 nghiém 1a Z:2% thuse [—2;272') .
V6i moi gié tri 7 €(0; 1) thi phuong trinh cosx =¢ ¢6 3 nghiém cua thude (—%;2%) .
Véimdi giatri t e (—1;0] thi phuong trinh cosx =¢ c6 2 nghi¢m cua thudc (—%;272’) .

V6i ¢t =—1 thi phuong trinh cosx =7 c6 1 nghiém cua thudc (—%;272).

Dé pt co dang 7 nghiém théa man thi phuong trinh (*) phai c6 2 nghiém t,;t, thoa man diéu kién:
-1<t, <0<, <.

(*) = m=-4r+2t+3

xo|-1 0 1/4 1
¥ + 0 -
13
y
|3 T T 1
— 3
Tur bang bién thién trén ta co6 m e (1;3). Vay m = {2}
sinx =1
Cau 165. Ta c6 phuong trinh twong duong 5
2cos’ x—(2m+1)cosx+m=0
sinx =1
sinx =1 1
< Sl cosx=—
(2cosx—1)(cosx—m)=0 2
CoSX =m
Véi xe[0;27]. Ta co:
. T . T .
O smx:1<:>x:3V1 xe[0;27z] nén x:E (théa man).
V4 Vs
xX=—= X=—
7] COSX = — <> COS X = COS = <> vi x€[0;27] nén 3 (théa man).
2 V4 V4 Sr
X=——+27r=— X=—
3 3 3

[1V6i —-1<m<1,ddt m=cosa, a [0;7].
Nhén xét: V6i x €[0;27] thi phuong trinh

X=a

(*)-

Do @6, phuong trinh ¢c6 4 nghiém thuc phan biét khi va chi khi phuong trinh (*) co

COSX=m < COSX=CosSa &
X=—a+2rx

ding mdt nghiém hodc c6 2 nghiém phan bi¢t va mot nghiém br?mg %
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Cau 166.

Cau 167.

Cau 168.

5
Truong hop 1: @ =—a +27 < a =7z (thda vi khac %, %, ?ﬁ). Suyra m=cosz=—1.

Truong hop 3: a:%:—a+27z:377[ (thoa). Suy ra m:cos%:O.
Vay m e{O;—l} néncd 2 giatri m.

Ta co 2cos3x:m—2cosx+m
<:>2(4cos3x—3cosx)—m+200sx:m

& 8c0s’ x +2c0sx =m+6cosx +/m +6cos x

bat ¢t = m,u = 2cos x, phuong trinh viét lai
u3+u=t3+tc>(u—t)(u2+ut+t2+1):0<:>u:t hay

Im+6cosx =2cosx <> m=8cos’ x—6cosx < m =2cos3x

Do d6 dé phuong trinh d cho c¢6 nghiém thi —2<m <2, cd 5 gia tri nguyén ctia m théa man.

bat t:tanf, do xe _ﬁ;ﬁ suy ra te[—l;l].
2 22

42
Phuong trinh tré thanh tim m dé phuong trinh " 422 + m. i iz
+ +

4t 1-¢ 1, 1
Ta co +m. =sl-mom=—=t"-2t+—=f(t).
1+¢° 1+ 2 2 /(1)
Hoanh d¢ dinh 1a 7, =2 loai. Ta c6 f(—l):3 va f(l):—l.
Suy ra -1 Sf(t) <3. Vay ta chon dap an A.
Chon D

Ta cé

(4cosx—3sinx)2é5
< —5<4cosx—3sinx<5
m3—4m+3)x+m—4>5 (1)

Dé phuong trinh di cho v6 nghiém khi va chi khi
(m3—4m+3)x+m—4<—5 (2)

Giai (1) taco
(m3—4m+3)x+m—4>5

<:>(m3—4m+3)x+m—9>0 VxelR

m=1
P4 3=0
" m = m:_liﬁ VN
m—9>0 2 2
m>9

Giai (2) ta c6

=1-—m c6 nghiém thudc doan [—1; 1]
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(m3 —4m+3)x+m—4 <=5

<:>(m3—4m+3)x+m+1<0 VxeR

m=1 (L)
m'—4m+3=0 m:—l+£(L)
Rt 1<0 & 2 2
m+1< 1 \/B
m=————— (t/m)
L 2
m< -1

Vay c¢6 duy nhat mot gia tri ctia tham sd m = —% —g dé phuong trinh da cho vo nghiém.
Cau 169. Chon C

cos3x—cos2x+mcosx —1=0«< 4cos’ x—3cosx—2cos’ x+14+mcosx—1=0
cosx=0 (1)

& cosx(4cos’ x—2cosx+m—3)=0< 5
4cos”x—2cosx+m—3=0(2)

T

x==

Gidi (1)< x="+kr.Do xe|—Z:27| nén | 2
2 2 3
x=—

2

\{1;31}.
22

Phuong trinh (2) dét r=cosx ([f| <1) phuong trinh tr thanh 4> —2t =3—m (3). T duong

Bai toan quy vé tim m dé phuong trinh ¢6 5 nghiém thudc [—%;Zw

tron lugng luong giac dé phuong trinh (2) ¢6 5 nghiém thude [—%;27r \{g,%} thi phuong

trinh (3) c6 2 nghiém phan bi¢t thoa man —1<7, <0<1¢, <1

0<3—m
3—m<?2

Sl<m<3.DomeZ=>m=2.

Cau 170. cos2x—(2m—3)cosx+m—1=0 < 2cos’ x—(2m—3)cosx+m—-2=0

< (2cosx—1)(cosx+2-m)=0 < cosx+2-m=0,vi xe(%;%)

s cosx=m—2

Yebt © -1<m-2<0 <1<m<?2
Cau 171. cos2x—5sinx+m=0< —2sin’ x—5sinx+1=-m (1)

bit ¢ =sinx, xe(—ﬂ;%):te[—l;l).

(1) -2t =5t +1=-m (*).

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong 66




CAC DANG TOAN THUONG GAP PT:0946798489

o] N

Phuong trinh (1) ¢6 dung 1 nghiém x e [—ﬂ;%j o re{-1}u[0;1).
)

Xéthamsé: f(t)=-202-5t+1, te{-1}U[0;1).

Db thi ctia ham s6 f 1 parabol c6 dinh / (—%,3—83) .
BBT:
L -1 0 1
4]
f(v \\\\\1\~
-6

\ N W -m=4 m=—4
Dua vao BBT, yéu cau bai todn < =
—-6<-m<1

Cau 172. Taco
cos2x—(2m—1)cosx—m+1=0 < 2cos’ x—(2m—1)cosx—m =0
1
< (2cosx+1)(cosx—m)=0 < cosx‘_E
CoSX =m

Phuong trinh da cho c6 ding 2 nghiém x € [_ﬁ;ﬁ} khi va chi khi 0 <cosx <1 nén loai
2 2

COSX =——

Viy phuong trinh d& cho c6 ding 2nghiém x < [_1 ;ﬁ} khi va chi khi 0< m<1.
2 2
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