THE TICH KHOI LANG TRU XIEN

Cau 1. Cho lang tru tam giac ABC.A'B'C’ ¢6 day la tam giac déu canh a. D¢ dai canh bén bang 4a. Mit
phéing (BCC'B’) vuéng goc véi day va B'BC =30°. Thé tich khéi chop ACC'B' a:
A EV3 g &3 c. &V3 p, V3.
6 12 18 2
Cau 2. Cho lang tru ABCD.A'B'C'D’ c6 ddy ABCD Ia hinh chit nhat véi AB=+6, AD=+3, AC=3 va
mit phang (AA'C'C) vudng goc véi mét day. Biét hai mat phang (AA'C'C), (AA'B'B) tao Véi

) « 3 - .. .
nhau géc a théa man tan o =7 Thé tich khoi lang try ABCD.A'B'C'D’ bang?

A.V =6. B.V =8. C.v =12. D.V =10.
Céau 3. Cho hinh chop S.ABCD c¢6 day ABCD Ila hinh binh hanh. Goi H la diém trén canh SD sao cho
5SH =3SD, mit phang () qua B, H va song song v6i duong thang AC cit hai canh SA, SC lan

luot tai E, F. Tinh ti s thé tich Ve gene
S.ABCD
AL B > c. 2 p. 1.
7 20 35 6
Cau 4. Cho lang try tam giac ABC.A'B'C’ c6 day 1a tam gidc déu canh a. D¢ dai canh bén bang 4a. Mt
phing (BCC'B') vuéng gbc véi déy va B'BC =30°. Thé tich khéi chép ACC'B' la:
3 3 3 3
PNEED g &3 c. &V3 p, V38
2 12 18 6
Cau 5. Cho hinh lang truy ABC.A'B'C’ c6 day ABC la tam gidc vudng tai A.canh BC =2a va ABC =60°
. Biét tr gisc BCC'B' 1a hinh thoi c6 B'BC nhon. Biét (BCC'B’) vuéng goc véi (ABC) va
(ABB'A’) tao v6i (ABC) goc 45°. Thé tich ciia khdi ling tru ABC.A'B'C'béng
3 3 3 3
B. 2. c.3. p. %8

a
<N/ J7 J7 J7
CAu 6. Cho ling try ABC.A'B'C’ ¢6 d4y ABC la tam giac vudng tai A, ABC =30°. Diém M 14 trung diém
canh AB, tam giac MA'C déu canh 2a+/3 va nim trong mat phing vudng goc véi day. Thé tich
khéi ling tru ABC.A'B'C’ la
7228
7

A.

3 3
8. 24+/3a | c 72+/3a | >

7 7

A

24-/2a°
—

Cau 7. Cho hinh lang try tir giac ABCD.A'B'C'D’ ¢6 ddy ABCD 1a hinh vudng canh a va thé tich bang 3a’
. Tinh chiéu cao h cua ling tru di cho.

A. h=09a. B.hzg. C. h=a. D. h=3a.
Cau 8. Thé tich cua khéi ling tru c6 chiéu cao bang h va dién tich day bang B la
1
A.V =Bh. B.V =Bh. C.V:§Bh. D.V =zBh.

Cau 9.Cho hinh lang try ABCD.A'B'C'D" ¢6 day ABCD 1a hinh vudng canh a. Céc canh bén tao véi day
mot goc 60°. Pinh A’ cach déu cac dinh A, B,C, D . Trong cac sé dudi déy, sd ndo ghi gia trj thé
tich cua hinh lang tru noi trén?
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3 3 3 3
INRCE g &3 c. &6 p, &6
9 2 2 3
Cau 10.Tinh thé tich V cta khdi ling tru c6 dién tich mit ddy bang 373 cm? va chiéu cao bang J6em.
AV =9V2(cm?). B.V=12/2(cm*).  C.v =¥(cm3). D. V =3V2(cm®).

Cau 11.Cho ling tru déu ABC.A'B'C’ ¢ AB’=3cm va duong thing AB’ vudng goc voi duong thing BC'
. Thé tich khdi ling tru ABC.A'B'C’ bang

A. %cm? B. 2+/3cm?. C. %cm? D. %cms.

Cau 12. Cho hinh lang tru ABC.A’'B'C’ ¢6 day la tam giac déu canh a. Hinh chiéu vudng goc cua A’ 1én
mit phing (ABC) tring voi trung diém canh BC . Goc giita BB’ va mit phang (ABC) bang 60°
. Tinh thé tich khéi lang tru ABC.A’B'C’.
3 3 3 3
A T3 g, 283 c. &3 p, 33
8 8 . 4 i ) 8
Cau 13. Cho lang tru ABC.A'B'C’ ¢6 day ABC la tam giac déu canh bang a, biet AA=AB=AC=a.
Tinh thé tich khéi ling tru ABC.A'B'C'?
3 3 3 3
A 32 g 8V2. c. V3 D. &
4 4 4 4
Cau 14. Cho hinh hop ABCD.A'B'C'D’ ¢6 dién tich tr gisc ABCD bing 12, khoang cach gitra hai mat
phing (ABCD) va (A'B'C'D’) bang 2. Tinh thé tich V cuia khéi hop.
AV =12. B.V =8. C.v=24. D.V=72.
Cau 15. Cho lang tru tam gidc ABC.A'B'C’ ¢6 ddy ABC la tam gidc déu canh AB =2a+/2. Biét AC'=8a va
tao voi mat day mot goc 45°. Thé tich khéi da dién ABCC'B’ bang
3 3 3 3
A 16276 g 82°V6 c 16243 5 83
’3 3 3 »3
Cau 16. Cho khoi lang tru ABC.A'B'C’. Goi E la trong tam tam giac A'B'C’va F la trung diém BC . Tinh
ti s6 thé tich gitta khdi B'.EAF va khdi ling tru ABC.A'B'C’.

A.l. B.l. C.i. D.

8 5 6
Cau 17. Cho hinh ling try tam giac ABC.A'B'C’ ¢c6 day ABC 1a tam giac déu canh 2a, hinh chiéu ciia A’
trén mit phang (ABC) 1a trung diém canh BC. Biét goc giita hai mit phang (ABA') va (ABC)

bang 45°. Tinh thé tich V ciia khéi chop ABCC'B’.

NG

3

A. %aS. B.V =a°. C. a%\/3. D. 2*/36‘ .
Cau 18. Cho khdi lang tru co thé tich V, dién tich ddy 1a B va chiéu cao h. Tim khang dinh diing?
A.V =3Bh. B.V:%Bh. C.V =+Bh. D.V =Bh.

Cau 19. Cho hinh lang tru ABC.A'B'C’ c6 day ABC latam giac vudng tai B, ACB=60", BC =a, AA'=2a
. Canh bén tao véi mit phang (ABC) mét géc 30° . Thé tich khéi lang tru ABC.A'B'C’ bang

3 3 3
A.a@. B.a*/é. C.a@. D. a®43.
6 3 2
Cau 20.Cho (H ) 1a khéi lang tru c6 chiéu cao bang 3a, ddy la hinh vudng canh a. Thé tich ciia (H ) bang.
A. 4a%. B. 2a°. C. 3a’. D. a°.
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Cau 21.Cho hinh ling try ABCD.A'B'C'D’ ¢ déy 14 hinh thoi canh bing a va ABC =120°. Géc giita canh
bén AA’ va mat day bang 60°, diém A' cach déu cac diém A, B, D. Tinh thé tich khéi lang tru

dd cho theo a.
a’\3 a’\3 a3 a3

A. . B. . C. . D. .
6 3 ‘ 2 , 12
Cau 22. Cho lang tru ABC.A'B'C’ ¢6 day la tam giac déu canh a. Hinh chiéu vudng goc cua diem A’

Ién mat phiang ( ABC) triing véi trong tam tam giac ABC . Biét khoang céch gitra hai dudng thang

. av3 . .
AA' va BC bang T\/— Khi d6 thé tich cua khoi lang tru la

3 3 3 3
A.a\/g. B.a\/g. C.a\/é. D.a\/g.
3 6 24 12
Cau 23. Cho hinh lang try ABC.A'B'C’ ¢6 day la tam giac déu canh a. Hinh chiéu vudng goc cta diém A’
1én mit phang (ABC) tring véi trong tdm tam giac ABC . Biét khoang cach giira hai dudng thing

Ne

AA’ va BC bing aT. Tinh theo a thé tich V cua khéi ling tru ABC.A'B'C’.

3 3 3 3
Av-2Y3 By =33 cov_aV3 Dy -&Y3

12 3 24 6

Cau 24. Cac duong chéo cua cac mat cia mot hinh hop chir nhat br:ing a, b, ¢. Thé tich cua khoi hop do la
A.V =abc.
B.V=a+b+c.
b?+c?—a’)(c*+a’—b?)(a*+b*-c?
SV T Y
8

b?+c?—a’)(c?+a’-b?*)(a’ +b* —c?

oy {25 o )

Cau 25. Cho lang tru ABC.A'B'C’ c6 day 1a tam giac déu canh a. Hinh chiéu vudng goc cia diém A’ 1én
mit phing (ABC) tring voi trong tam ctia tam giac ABC . Biét khoang cach giita hai duong thang

AA’ v BC bing a%f. Khi d6 thé tich cta khéi lang tru 1a
a’\/3 a’\/3 a’\3 a’\3
. B. . C. . D. .
24 12 36 6
Cau 26. Cho hinh lang tru ABC.A'B'C’' , ddy ABC la tam giac déu canh X . Hinh chiéu cta dinh A" 1én
mit phang (ABC) tring v6i tim AABC , canh AA'=2x . Khi d6 thé tich khéi lang tru la:

X311 5 X339 c x°/3 5 X311
oo 5 N SRR
Cau 27. Cho hinh hop ABCD.A'B'C'D’ ¢6 d4y 1a hinh chir nhat véi AB =+/3, AD =+/7 va canh bén bing 1

. Hai m3t bén (ABB'A’) va (ADD'A’) lan luot tao véi ddy cac goc 45° va 60°. Thé tich khéi hop

A

A

bang
A. 33 B. 747 C.7 D. 3
Cau 28. Thé tich caa khdi lang tru c6 chiéu cao bang h va dién tich day bang B 1a
A.V:%Bh. B.V:%Bh. C.V=%Bh. D.V =Bh.
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Cau 29. Cho lang tru ABC.AB,C, c6 ddy ABC la tam giac vuong tai C, canh AC =5a. Hinh chiéu vuong
goc cia A 1én mit phang ABC 1a trung diém cta canh AC, goc giita mit phang (AAiBlB) voi
(AAlClC) bang 30°, canh bén cua lang tru tao voi day mot goc 60° . Tinh thé tich V cua ling tru

ABC.ABC,?
3 3 3 3
Ay Y32 B.V=2 cv=2 Dy Y32’
8 24 8 24

Céu 30.Cho hinh lang tru co tat ca cac canh déu bé“mg a, day la lyc giac déu, gdc tao boi canh bén va mat
day 1260° . Tinh thé tich khdi ling tru.
9 3 27
AV ==2a. B. V_\/§ : C.V==a’. D.V="—2a
r 4 N 2 8 2
Cau 31. Khoi lang try ABC.A'B'C’ ¢6 day la mdt tam giac déu canh a, goc gitta canh bén va mat phang day
bang 30° Hinh chiéu ctia dinh A’ trén mit phiang day (ABC) tring voi trung diém cta canh BC.
Tinh thé tich ctua khdi lang tru da cho.
a’v3 5 a’y/3 c a’\3 D a’\3
4 C12 8 3
Cau 32. Cho lang tru tam giac ABC.A'B'C’ ¢6 day ABC la tam giac vudng can tai A, canh AC =2+/2.
Biét AC' tao véi mat phang (ABC) mot goc 60° va AC'=4. Tinh thé tich V cua khéi da dién
ABCB'C’.
16\/_ 16 83

B.V=—. C.V=—-
3 3

Cau 33. Cho hinh lang tru ABC.A'B'C’ ¢6 thé tich bang 30. Goi 1, J, K lan luot 13 trung diém cua AA,
BB’, CC’. Tinh thé tich V cua ti dién CIIK .
15

AV—? B.V =12. C.V =6. D.V =5.

Cau 34. Khdi lang try ABC.A'B'C’ c¢6 day 1a tam giac déu, a 1a do dai canh day. Goc giira canh bén va
day 1a 30°. Hinh chiéu vudéng goc cua A’ trén mit (ABC) tring v6i trung diém cua BC. Thé

AV=—ro D.V=

ooloo

tich ctia khdi lang try da cho la
a3 a3 a’\3 a’\3
. B. . C. . D. .
8 3 4 12

Cau 35. Cho lang tru ABCD.A'B'C'D’ ¢6 ddy ABCD 14 hinh thoi canh a, tim O va ABC =120°. Géc giita
canh bén AA’ va mat day br?mg 60°. Pinh A’ cach déu cac diém A, B, D. Tinh theo a thé tich
V ciia khéi lang tru di cho.

3 3 3

A.V=a2\/§. B.V:af. C.V:?’%. D.V=a%3.

Cau 36. Cho hinh hop ABCD.A'B'C'D’ ¢6 déy 14 hinh chit nhat vi AB =+/3, AD =+/7 va canh bén bing 1
. Hai mit bén (ABB'A’) va (ADD'A) lan luot tao véi ddy cac goc 45° va 60°. Thé tich khoi hop
bang
A 33 B. 747 C.7 D. 3

Cau 37. Cho hinh ling try ABCA'B'C'c6 day la tam gidc déu canh a . Hinh chiéu vudng goc caa A’ Ién
mit phang (AB C ) trung voi trong tdm tam giac ABC . Biét khoang cach giita hai duong thang

AA' va BC bing #. Tinh thé tich V ctia khéi ling tru ABCA'B'C'.
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AV = B.V = C.V= D. V=

24 12
Cau 38. Cho khdi lang try ABC.A'B'C’ ¢6 day ABC la tam giac déu canh bang a, canh bén AA'=a, gdc
gifta AA’ va mit phang d4y bang 30°. Tinh thé tich khdi lang tru d cho theo a.
a’\3

a*\3 a*\3 a’\3 a’3
= : -

3 3 3
A.a\/g. B.a\/g. c.a*/g. D.
8 24 4 12

Cau 39. Cho hinh lang tru ABC.A'B'C’ c6 déy la tam giac déu canh a. Hinh chiéu vudng goc cua diém A’
Ién mat phang (ABC) triing véi trong tam tam giac ABC . Biét khoang cach giira hai duong AA’

NG

va BC bang aT. Tinh thé tich V cua khéi lang try ABC.A'B'C’.
3 3 3 3
Ay -8V By -2V cy-¥B Dy =&Y3
24 12 3 6

CAau 46. Cho hinh lang try ABC.A'B'C' ¢6 day la tam giac déu canh 3a, hinh chiéu ciia A' trén mit phang
(ABC) tring v6i tim dudng tron ngoai tiép tam giac ABC. Canh AA' hop v&i mit phang day
mot goc 45°. Thé tich cua khéi lang tru ABC.A'B'C' tinh theo a bang.

3 3 3 3
A 2 B 27& c. 3 p. 21&
4 4 4 6
Cau 47. Khéi lang tru c6 day 1a hinh vudng canh a, duong cao bing av/3 co thé tich bing
3 3
A.af. B.af. C. a%\/3. D. 2a%/3.

Cau 48. Cho lang tru ABCAB,C, c6 dién tich mat bén ABB,A bang 4; khoang cach giira canh CC, va mat
phing (ABB,A ) bing 7. Tinh thé tich khdi lang tru ABCABC,.

A. 14 B. @ C. E D. 28
3 7 3.
Cau 49. Cho lang tru tam giac ABC.A'B'C’. Cac diém M, N ,P lan lugt thudc cac canh AA’, BB',CC’
sao cho % :% ,% :g va mit phang (MNP) chia lang tru thanh hai phan c6 thé tich bing

nhau. Khi d6 ti sb cP la
ccC’

A. i. B. i. C.
4 12

Cau 50. Cho hinh ling tru ABC.A'B'C’ c¢6 day ABC la tam giac déu canh a, AA = 37& Biét rang hinh chiéu

D.

W
N |-

vudng goc cua A’ 1én (ABC) la trung diém BC . Tinh thé tich V cta khéi lang tru do.

3 3
AV =2 B.V:Z%. c. v -8 D.V:aS\E.

a2
Cau 51. Cho lang tru tam giac ABC.A'B'C’ ¢6 day 1a tam giac ABC déu canh bang a. Hinh chiéu vudng
goc ciia A’ trén mit phang (ABC) tring véi trung diém H cua canh AB . GOc giita canh bén cua

lang tru va mat phang day bang 30°. Tinh thé tich cua khéi lang tru di cho theo a.
3 3 3 3
A 2 B. & c. & D. &
4 4 24 8
Cau 52. Cho hinh lang tru ABC.A'B'C’ ¢6 day la tam giac vuong can & C. Canh BB’ =a va tao voi day
mot goc bang 60°. Hinh chiéu vudng goc ha tir B 1én day tring véi trong tim ctia tam giac ABC

. Thé tich khéi lang tru ABC.A'B'C’ la:
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9./3a° 5 927 C3$%3 D«@f
80 80 - 80 80
Cau 53. Cho lang tru ABC.A'B'C’ c¢6 day la tam giac déu canh a. Hinh chiéu vudng goc cua diém A’ 1én
mit phang (ABC) tring voi trong tdm tam giac ABC . Biét khoang cach giira hai duong thing

A

AA’" va BC bang a%@_ Khi d6 thé tich ciia khoi lang try 1a
3 3 3 3

A EV3 g &3 c. &V3 p, &8
6 3 24 12

Cau 54.Cho hinh hép ABCD.A'B'C'D’ c6 BCD =60°, AC = av/7,BD = av/3, AB > AD ,dudng chéo BD'
hop véi mit phang (ADD'A’) goc 30°. Tinh thé tich V cta khdi hop ABCD.A'B'C'D’ .

A. gaﬁ. B. 24/3a% C. 3J/3a% D. +/39a°.

CA&u 55. Cho hinh lang try ABC.A'B'C’ ¢6 day 1a tam giac déu canh a. Hinh chiéu vudng goc cua diém A’
1én mit phang (ABC) tring voi trong tdm tam giac ABC . Biét khoang cach gitra hai duong thang

a3

AA’ va BC bang 4 Tinh thé tich V cua khéi ling tru ABC.A'B'C’.

2’y g v_2V3 cv Y8

12 3 ‘ 24 9

Cau 56. Cho lang tru ABC.A'B'C’ c6 day la tam giac déu canh a. Hinh chiéu vudng go6c cta mat phang

a®\/3
4

a’\/3
-

(ABC) tring véi trong tam cta tam giac ABC. Biét thé tich ctia khoi lang tru la . Khoang

c4ch giira hai duong thang AB’ va BC la:
A2 B, 2. c. 2 p. 32,
3 3 4 2
Cau 57. Mot khoi lang try tam giac c6 cac canh day bang 13,14,15 canh bén tao vi mat phang day mot goc
30° va c6 chiéu dai bang 8. Khi d6 thé tich khéi lang try 1a.
A. 340. B. 336. C. 27443. D. 1244/3.
Cau 58. Cho lang tru tam gidc ABC.A'B'C' ¢6 ddy ABC la déu canh AB =2a+2. Biét AC'=8a va tao voi
mit day mot goc 45°. Thé tich khdi da dién ABCC'B' bang
3 3 3 3
A 8243 g 82°V6 c 162°V3 o, 16a°V6
3 3 ‘ 3 3
Cau 59. Cho lang tru ABC.A'B'C' ¢6 day la tam giac déu canh a, AA’=Db va AA’ tao v&i mat day mot géc
60°. Tinh thé tich khéi lang tru.
V3

A. Eazb. B. §a2b. C. —a%. D. 1azb.
4 8 8 8

Cau 60. Cho khéi ling try tam giac ABC.A'B'C'co thé tich bang 30 (don vi thé tich). Thé tich cua khéi tir
di¢n AB'C'C la: »

A. 5 (don vi thé tich). B. 10 (don vi thé tich).
C. 12,5 (don vi thé tich). D. 7,5 (don vi thé tich).

CAu 61.Cho ling tru ABCD.A'B'C'D’ v6iday ABCD Ia hinh thoi, AC =2a, BAD =120°. Hinh chiéu vudng
goc ciiadiém B trén mat phang (A'B'C'D’) la trung diém canh A'B', géc giiramat phiang (AC'D’)
va mit day lang tru bang 60°. Tinh thé tich V cua khéi lang tru ABCD.A'B'C'D’.

A.V =+/3a°, B. V =6+/3a°. C.V =23a’. D. V =33a°.
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THE TICH KHOI LANG TRU XIEN

CAu 1.Cho ling tru tam giac ABC.A'B'C’ c6 day 1a tam giac déu canh a. Do dai canh bén bang 4a. Mit
phang (BCC'B’) vudng géc véi day va B'BC =30°. Thé tich khéi chop ACC'B' la:

3 3 3 3
A.a*/é. B.ax/§. C.ax/§ a’\3

: D. :

6 12 3 18 2
Hudng dan giai

Chon A

Goi H 1a hinh chiéu ciia B’ trén BC. Tur gia thiét suy ra: B'H L (ABC).

Sepc :%BB’.BC.sin B'BC :%4a.a.sin 30° =a’.

VA.CC'B’ = EVA.CC’B'B = E'EVLT = 5 LT = 5 2 6
Cau 2. Cho ling tru ABCD.A'B'C'D’ ¢6 ddy ABCD Ia hinh chit nhat véi AB=+/6, AD=+3, AC=3 va
mat phang (AA'C'C) vudng géc véi mét day. Biét hai mat phang (AA'C'C), (AA'B'B) tao Véi

2 ’ 2
Mt khic: Sype =~ B'H.BC = BH = 2ome _ 28 _ 5,
2 BC a
2 3
V., =BH.S, =2a2 B _aN3
4 2
1 12 1 1aV3 a’y3

nhau goc « thoa mén tan o =Z . Thé tich khoi lang truy ABCD.A'B'C'D’ bang?

A.V =6. B.V =8. ~C.V:12. D.V =10.
Huwong dan giai

Chon B

D

Tir B ké Bl L AC = BI L (AA'CC).
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Tir | ké IH L AA' = ((AAC'C),(AAB'B))=BHI .

Theo gii thiét ta c6 AC =3 = BI = ABBC _ /7

Bl B a2

Xét tam giac vudéng BIH cé tanBHl =— < IH=—— & [H = Y2
IH tan BHI

AB’®

Xét tam giac vudng ABC c6 Al.AC = AB>= Al = =2.

Goi M 1a trung diém ca AA’, do tam gidc AA'C cantai C nén CM L AA' =CM // IH.
Al AH 2 AH 2 AH

0 —-=
AC AM 3 AM 3 AA'

_L
2

42

Trong tam giac vuong AHI ké duong cao HK ta c0 HK = — chiéu cao cua ling try
ABCD.A'B'C'D’ 1a h=3HK = 4‘3{—

Vay thé tich khéi lang tru ABCD.A'B'C'D’ 1& V,5ep agcrn = AB.AD.h =+/6+/3 % =8.

Cau 3. Cho hinh chép S.ABCD c6 day ABCD 1la hinh binh hanh. Goi H 1a diém trén canh SD sao cho
5SH =3SD, mit phang () qua B, H va song song v6i dudong thang AC cit hai canh SA, SC lan

. P s A Ao V
luot tai E, F. Tinh ti s6 thé tich —&EEHE
S.ABCD

A i B. i C. i D.
7 20 35

Huéng din giai
3

|-

[xal
By =

- F

) ‘}-E‘Z

Chon B

-Pat Vg pgep =V

- Trong tam giac SOD ta c0:

IS BO HD 1 IS_3 Sl SE SF 3

. . = ——=0=> ——
IO BD HS 10 SO SA SC 4
~Taco: Yowee _SH _3_, s HBC N
Vpse SD 5 10

- Mt khac: Vere CF _1 = Ve fs :ﬂ.
V.e CS 4 S 40
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- Ma: Vesene = Ve rre :ﬂjvc'Bi:i'
I ' 40 VS.ABCD 20
CAu 4. Cho lang tru tam giac ABC.A'B'C’ ¢6 day la tam giac déu canh a. D¢ dai canh bén bang 4a. Mit
phang (BCC'B’) vudng géc véi day va B'BC =30°. Thé tich khéi chop ACC'B' la:

A a’\/3 a’\/3 a3 a3

. B. . C. . D. .

2 12 ) 18 6
Hwéng dan giai

Chon D

Goi H 1a hinh chiéu ciia B’ trén BC. Tur gia thiét suy ra: B'H L (ABC).

Sepc =%BB’.BC.sin B'BC :%4a.a.sin 30° =a’.

2 ) 2
Miit khac: Sggc _lenec o pH = Bme 22,
2 BC a
2 3
V. =BH.S,,. =222 B a3
4 2
v, =1ty 12, 1, 1 a3 _a'y3
A.CCB' 2 A.CC'B'B 23 LT 3 LT 3 2 6 '

Cau 5. Cho hinh lang try ABC.A'B'C' c6 day ABC 1a tam giac vuong tai A. canh BC=2a va
ABC =60°. Biét tir giac BCC'B' Ia hinh thoi c6 B'BC nhon. Biét (BCC'B') vuéng goc voi
(ABC) va (ABB'A') tao v6i (ABC) géc 45°. Thé tich cia khoi lang tru ABC.A'B'C'béng

a’ a’ 3a’ 6a’
A. : B. —. C. —. D. —.
N N 7 NG
Huwéng din giai
Chgn C
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Do ABC latam giac vudng tai A, canh BC =2a va ABC =60°nén AB = a,AC =aV3.
Goi H 1a hinh chiéu vudng gbc ciia B’ 1én BC = H thudc doan BC (do B'BC nhon)
= B'H L (ABC) (do (BCC'B") vudng goc véi (ABC)).

Ké HK song song AC (K e AB) = HK L AB (do ABC la tam gidc vudng tai A).

=| (ABB'A'),(ABC) |~ BKH 45" BH =KH (1)

Taco ABB'H vudngtai H = BH =+/4a’-B'H?  (2)

Mit khac HK song song AC :>ﬂ:ﬂ = BH = HK.2a (3)
BC AC a3
Tir (1), (2) va (3) suy ra \J4a? —BH? == H2a _ gnyoqafi2
a3 7
1 3a°
Vay V e =9,...BH==AB.ACB'H =—.
dY Vagc.as'c ABC 5 \/7

Cau 6. Cho lang tru ABC.A'B'C’ ¢6 diy ABC la tam giac vudng tai A, ABC =30°. Piém M Ia trung
diém canh AB, tam giac MA'C déu canh 2a+/3 va nim trong mat phing vudng goc véi day.
Thé tich khéi lang tru ABC.A'B'C’ 1

3 3 3 3
A T2V22° g 2432’ c 7238’ D 2h2a
7 7 7 7
Huéng dan giai
Chon A
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Goi H 1a trung diém cua MC .
A'H L MC

Taco {(AMC) L(ABC) = A'H L (ABC).
(A'MC)n(ABC)=MC

MC =2a+/3

Tam gidc MA'C déu canh 2a+/3 =
AH =3a

BC =2x
AB = x+/3

Pit AC =x>0, tam giac ABC vuéng tai A c6 ABC =30° :{

Ap dung cong thirc tinh d6 dai trung tuyén ta c6

2 2 2 ) ) ,
CM2=CA +CB _AB @12&2=X +4X —3i<:>xz4a\/§.
2 4 5 1 ﬁ
2
Suy ra SABCZ%AB.AC=%_];7$_4?/\?/§=24a7\/§
72243

Do d6 Vg pper = AH .S p5c =

CAu 7. Cho hinh lang try t&r gidc ABCD.A'B'C'D’ ¢6 day ABCD 1a hinh vudng canh a va thé tich bang
3a’. Tinh chiéu cao h cua ling tru da cho.

A. h=09a. B.hzg. C. h=a. D. h=3a.
Huéng din giai
Chon D
, \Y ey 3
Ta co: Vapep amen = SpscpN < h = —LERABCD. - 3a2 =3a.
2 r 1 A ABCD a N
Cau 8. Thé tich ctia khoi lang tru ¢ chiéu cao bang h va dién tich day bang B la

1

A.V =Bh. B.V =Bh. C.V:§Bh. D.V =zBh.
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Huéng din giai
Chon B
Thé tich khéi lang tru: V = B.h.

Cau 9.Cho hinh lang tru ABCD.A'B'C'D’ ¢6 ¢ay ABCD 1a hinh vudng canh a. Cac canh bén tao véi ddy
mot goc 60°. Pinh A’ cach déu cac dinh A,B,C,D. Trong cac b dudi day, 6 nao ghi gia tri thé
tich cua hinh lang tru noi trén?

a &Y6 g &3 c. &6 p, &6
9 2 2 3
Huwéng din giai

Chon C

Goi O la tam hinh vuéng ABCD .Tur gia thiét A’ cach déu cac dinh A, B, C ta suy ra hinh chiéu
cia A trén mat phang ABCD 1a O hay A'Ola dudng cao cia khdi lang truy.

Trong tam giac A’'OAvuéng tai A va AOA =60, ta co:

NO=OAtan60 = & (3= 26
V2 2
Dién tich day ABCDIa S, ., =a°.
3
Thé tich ciia khéi lang try1a V =B.h=S,, . AO =2 f .
3
Vay v =2 V6.
2
S
m{?
a
A
0 B B |
Cau 10.Tinh thé tich V cua khéi lang tru ¢ dién tich mat day bang 3v/3cm? va chiéu cao bang /6 cm .
AV =9V2(cm?). B. V =122 (cm’). C.V:#(cm?’). D. V =3V2(cm®).

Huéng din giai
ChonA
Thé tich khéi lang try: V = $.h =33.4/6 =9v2(cm?).
Cau 11.Cho lang tru déu ABC.A'B'C’' c6 AB’'=3cm va dudng thang AB’ vudng goc voi dudng thing
BC’. Thé tich khéi lang tru ABC.A'B'C’ bang

A Ecm?’. B. 2+/3cm®. C. @cm? D. Jeme.
16 4 2
Huwéng din giai
Chon D
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Goi M la trung diém cua BC. Suyra AM L(BCCB') = AM LBC'.
Ma BC' L AB'=B'M LBC'.
bat AB=a, AA'=b.Taco tan B'BC' = cot BB'M :%:z—b:b:i

a J2
2
Ma AB'=3=/AB?+ AAZ =3 = a2+a?=3:>a:«/5.

Thé tich khéi lang try 13 V = AA'S ., = \/§.\/€2.§ - %cm3.

Cau 12. Cho hinh ling try ABC.A'B'C’ ¢6 day la tam giac déu canh a. Hinh chiéu vudng goc ciia A’ Ién
mit phing (ABC) tring voi trung diém canh BC . Goc giita BB’ va mit phing (ABC) bang
60°. Tinh thé tich khéi lang tru ABC.A'B'C’.

3 3 3 3
A.a\/g. B.Za\/g. C.a\/é. D.Ba\/g.
8 8 T4 8
Hudng dan giai

Chon D

Goi H la trung diém canh BC. Theo déra: A'H L (ABC).

AB\3 a3 AB%J/3 a’\3

AH :T:T AABC = 4 - 4 (d\/dt)
(AA',(ABC))=A"AH __

Ta co: — A'AH = 60°.
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3
Xét AA'AH vuéng taiH : A'H = AH.tan60° = S
3
% (avtt).

Cau 13. Cho ling tru ABC.A'B'C’ c6 day ABC la tam giac déu canh bang a, biét AA=AB=AC=a.
Tinh thé tich khéi ling tru ABC.A'B'C'?
3 3 3 3
A 2 g 82 c. &3 D. &
4 4 4 4

Huéng din giai

Vay V = AH.S e =

ABC.A'B'C’

Chon B

B
Goi H la trong tdm tam giac ABC . Theo gia thiét ta co ABC 1a tam giic déu canh bang a va
AA=AB=AC=a nén A.ABC latirdién déu canh a = A'H L (ABC) hay A'H la duong
cao ctia khdi chop A.ABC .

Xét tam giac vudbng A'HA taco A'H = A'AZ - AH? =¥.

2
Dién tich tam giac ABC la Spgc =%a.a.sin 60° = 2 3 :

2 3
Thé tich khéi lang try ABC.AB'C’ 13 Vge apc = — f a*f _2a f .

Cau 14. Cho hinh hop ABCD.A'B'C'D’ ¢6 dién tich tir giac ABCD bang 12, khoang céch giira hai mat
phing (ABCD) va (A'B'C'D’) bang 2. Tinh thé tich V cuia khéi hop.
A.V =12, B.V =8. C.v=24. D.V=72.
Hwéng dan giai
Chon B
TacoV =S,,05.d(A,(ABCD)) =S,5c0.d ((AB'C'D’),(ABCD)) =12.2 = 24.

Cau 15. Cho ling tru tam gidc ABC.A'B'C’ c6 ddy ABC 1a tam gidc ddu canh AB =2a+/2. Biét AC'=8a va
tao voi mat day mot goc 45°. Thé tich khéi da dién ABCC'B’ bang

3 3 3 3
A 1626 g 82°V6 c 16243 5 83
3 3 ) 3 3
Huwéng dan giai
Chon A
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B
Ta‘ Cé VABC.A'B'C' :VA.A'B'C' +VABCC'B' <:>VABCC'B' :VABC.A'B'C' _VA.A'B'C' '

Goi H lahinh chiéu cia A trén mit phang (A'B'C’) khi d6 goc gitra AC' va mit phang déy
(AB'C') lagéc AC'H =45°.

Xét tam giac vudbng AHC' cé AC'=8a va AC'H =45° nén AH =4a+/2.

, , 2 8
Theé tich khoi chop AAB'C' 12V, pg :%SA’B'C'-AH 2%.%(23\/5) Sin60°.4a+/2 = 86_3\/6
3
Vy thé tich khéi da dien ABCCB' 12 = V,yece = NV, o =@.

Cau 16. Cho khéi lang tru ABC.A'B'C’. Goi E la trong tdm tam gidc A'B'C'va F 1a trung diém BC .
Tinh ti s6 thé tich giita khdi B'.EAF va khdi lang tru ABC.A'B'C’.

Al B. 1. c.i. D.

8 5 3 6
Hwéng dan giai

S|

Taco
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M 14 trung diém cta B'C’ khi d6 S, =%SAA,MF va d(B',(AAMF))=d(B',(AEF)).
. 1 2
Vi VB’.AA’MF :VABF.A’B'M _VB’.ABF =V aeraem — 3VABF AB'M ZEVABF.A’B’M

1 12 11 1
Suy ra VB’EAF = EVB’.AA’MF = Eg ABF.ABM — o 32 VABC A'B'C’ 6 'VABC.A'B’C’ .

Cau 17. Cho hinh ling try tam giac ABC.A'B'C’ c6 day ABC 1a tam giac déu canh 2a, hinh chiéu ciia A’
trén mit phang (ABC) 1a trung diém canh BC. Biét goc giita hai mit phang (ABA') va (ABC)
bang 45°. Tinh thé tich V ciia khéi chop ABCC'B’.

3
A %a3. B.V =2 C. a°+3. D. 2*/5"" .

Huéng din giai

A

A'.ABC

Taco: Vige ppe =Varge TV =V +V

A.BCCB'
Ma VA’.BCC’B' :VA.BCC'B’ :>VA.A’B’C’ =VA’.ABC .
Goi M la trung diém cua BC, | latrung diém cua AB va K la trung diém cta IB . Khi d6 :
A'M L (ABC).

MK /I CI
Mat khac : = MK 1L AB.

A'.BCC'B" *

Cl L AB
MK L AB, AM L AB = A'’K L AB.
Géc gitra hai mit phang (ABA') va (ABC) chinh la géc gitta AK va KM va bang

AKM =45° nén tam giac A’KM vuodng cantai M .

Trong tam gidc ABC : MK _ECI 1 23 a\/§.
2 27 2 2
f

Trong tam gidc vuéng can AKM : A'M = MK =
1

VA’.ABC = g'VABC.A'B’C' .

1 2
_ _ _ 3
= VA’.BCC'B’ _VABC.A’B'C' _EVABC.A'B’C' - EVABC.A’B'C' - a.

A'M 2\/’3\/>

) SAABC

2
3
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Cau 18. Cho khdi lang tru c6 thé tich V, dién tich day 1a B va chiéu cao h. Tim khang dinh diing?
AV =3Bh. B.V:%Bh. C.V =+/Bh. D.V = Bh.

Huéng din giai
Chon D »
Theo cong thirc tinh thé tich khoi lang tru ta ¢c6 V = Bh

Cau 19. Cho hinh ling tru ABC.A'B'C’ c6 diy ABC Ia tam gidc vudng tai B, ACB=60°, BC =a,
AA’ =2a. Canh bén tao véi mat phang (ABC) mot goc 30° . Theé tich khéi lang tru ABC.A'B'C’

bang
3 3 3
A &V g &3 c &3 D. a*3.
6 3 2
Huéng dan giai
Chon C

A’ (O

Trong tam gidc ABC vudng tai B ta co: tan60° = Q—E — AB=BC+3=a+3

1 a’+3

Dién tich day: S,z = EAB.BC ==

Goi H 1a hinh chiéu ciia A" 1én mit phang (ABC) . Géc giita canh bén AA’ va day 1a

A'AH =30° .
Trong tam giac vuéng A'HA taco: A'H = AA'.sin30° = ZaE =a
2 3
Thé tich lang try 1a: V = A'H.S . = a.a—f _2 2*/5
Cau 20.Cho (H ) 1a khéi lang tru c6 chiéu cao bang 3a, ddy la hinh vudng canh a. Thé tich ciia (H ) bang.
A 4a°. B. 2a°. C. 3a°. D. a°.

Huéng din giai
Chon C
V =Bh=3aa’=3a’.

Cau 21.Cho hinh ling truy ABCD.A'B'C'D’ ¢6 dy la hinh thoi canh bing a va ABC =120°. Géc giira
canh bén AA’' va mat day bang 60°, diém A’ cach déu cac diém A,B,D. Tinh thé tich khdi

lang tru da cho theo a.
3 3 3 3
A B3 g, &3 c. a3 p, V3

6 3 ) 2 12
Hudng dan giai
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Cau 22.

Chogn C

Ta c6 diém A’ cach déu cac dinh A,B,D cho nén diém A’ s& nam trén truc dudng tron ngoai
tiép cua tam giac ABD.

Tac6 ABC =120° nén ABD =60° = tam gidc ABD la tam giac déu

Vay taco A'G L(ABD) v6i G la trong tm tAm tam gidc ABD.

D& thiy «(A'A,(ABCD))= £ (AAGA)= AAG =60°.

Tam giac ABD déu, Al 1atrung tuyén (1 = ACNBD) = Al =a§ ; AGz%AI =¥.
a3
Tacdo AG = AG -3 _a.
cot60° 1
J3

Thé tich khéi lang tru V = AGS ., = AG.2S,,p = a.Z%.a.a.sin 60° = a° g
Cho lang try ABC.A'B'C’ ¢6 day la tam giac déu canh a. Hinh chiéu vudng gdc caa diém A'
lén mat phang (ABC) tring véi trong tam tam giac ABC. Biét khoang cach giita hai duong

, . av3 . .
thang AA' va BC bang T\/_ Khi do thé tich cua khoi lang tru la

3 3 3 3
A.a\/g. B.a\/é. C.a\/g. D.a\/g.
3 6 24 12

Huéng dan giai

Chon D
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Goi H la trong tdm cua tam giac ABC
Suyra A'H L (ABC). Qua A ké duong thang Ax song song véi BC. Taco Ax//BC
= d(A'A,BC)=d(BC,(A'AX))
3

=d(M,(A"Ax))==d(H,(A'A

(M (A)) =2 (1 (4 )
BC L AM
BC L A'H
— BC L (A'AM )= BC 1 HK

K¢ HK L AA' tacé{

Ma HK 1 AA'= HK 1 (A'Ax)= HK =¥

.1 1 1
Taco 7 = 2 + 2

HK® HA® HA
Cau 23. Cho hinh lang tru ABC.A'B'C’ ¢6 day la tam giac déu canh a. Hinh chiéu vuong goc ctia diém A’
1én mdt phang (ABC) tring véi trong tam tam gidc ABC . Biét khoang céch giita hai duong

a’\/3 a’\3

- HA'=% Ma S0 = =V = ATHLS 0 =

thing AA’ vd BC bing af:f/g. Tinh theo a thé tich V cua khéi lang tru ABC.A'B'C’.
3 3 3 3
Av-E Bv-3Y3 c.v=a3 p.v =&Y
12 3 24 6

Huwéng din giai

Chon A

Tac6 AG L(ABC) nén A'G LBC; BCLAM = BC L(MAA)
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Ké MI L AA'; BC L IM nén d(AA; BC)=IM :‘%@
3

K GH L AN taco AC _CH _2 gy 238 a3
AM IM 3 3 4 6
av3 a3
1 1 1 , AG.HG 3 6 a
7= ~2 T 7 = = =3
HG? AG* AG JAG? - HG? a2 a2 3
3 12
v _AGs,, -3 _aVs
ABC.A'B'C’ "~ ABC 3 4 12 : »
Cau 24. Cac duong chéo cua cac mat ciia mdt hinh hop chir nhat bang a, b, ¢. Thé tich ctia khoi hop do 1a
A.V =abc. B.V=a+b+c.
b?+c?—a’)(c®*+a’—b?)(a*+b*-c?
SV it Y R
(b*+¢® —a®)(c* +a* —b*)(a” +b* —c?)
- 5 )
Huwéng din giai
Chon C
B_ C
T
A
Iy D
! b
z

C
AN A
7

7
A’( D'

Gia st hinh hop chir nhat c6 ba kich thudc: X,y,z.

X2 +y? =a? y?=a?—x y2=a?—x
Theo yéu cau bai toan ta cd { y? +2° =¢® < y?*+2° =c® < 1a’ —x*+b* —x* =c?
X*+2° =b’ 2° =b*-x? 2> =b*-x?

, al-b’+c?

: 2 2 2 2 2 2 2 2 2 2
o)yl :V:\/(a +¢?=b*)(a* +b* —c?)(b* +¢* - a*)

8
, b?+c?-a’
=

Cau 25. Cho lang tru ABC.A'B'C’ c6 day 1a tam giac déu canh a. Hinh chiéu vudng goc cia diém A’ 1én
mit phang (ABC) tring voi trong tdm cua tam gidc ABC . Biét khoang cach giita hai dudng

thing AA’ va BC bing #. Khi d6 thé tich cta khéi lang try 1a
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A a’\3 a’\3 c a3 a3

24 S 12 3% 6
Hwéng dan giai

Chon B

Goi G latrong tam cuia AABC, M 1a trung diém cua BC.
=AG.L (ABC).
BC L AM

— BC 1 (AA'G)=BC L MN.
BC L AG

Trong (AA'M ) dung MN L AA’, ta co: {

a3

Goi H 1a hinh chiéu cia G Ién AA'.

Taco: GH/IMN = CH _AG _2 o 2y a3
MN  AM 3 3 6
Xét tam giac AA'G vuong tai G, ta co:

1 1 1 1 1 1

2=~ T i 2 2 ~pa2 : : :272':>GA’:_
GH GA~ GA GA”“ GH° GA ( \/— [ \/—J 3a
6 3

3a_ay3

4 '3 12 ,

Cau 26.-2017]Cho hinh lang tru ABC.A'B'C’ , day ABC 1a tam giac déu canh X . Hinh chiéu cua dinh A’
1én mdt phang (ABC) tring voi tim AABC , canh AA'=2x . Khi d6 thé tich khoi lang try la:

Vay thé tich cta khéi lang tru 1a: V =S . .A'G =

x*y11 B x*\/39 c /3 S A
12 g ) Ty T
Huwdéng dan gidi
ChgnA
Goi H 1a hinh chiéu vudng goc ctia A'lén (ABC). Do AABC déunén H la trong tm tam gic
AABC.
Taco AM = \/_ = AH —EAM _ \/_
3 3

Xét tam giac vudng AAA'H ¢ A'H =V AA? - AH? = x\éﬁ |

SAABC 2X- 2 —T ABC.ABC' — 4 3 - 4

1,3 x2\/§V _ X3 x/33 _ x*\11
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Cau 27. Cho hinh hép ABCD.A'B'C'D’ ¢6 déy 1a hinh chit nhat v6i AB =+/3, AD =+/7 va canh bén bing
1. Hai mit bén (ABB'A’) va (ADD'A’) lan luot tao véi ddy cdc géc 45° va 60°. Thé tich khdi

hop béng

A. 3.3 B. 747 C.7 D. 3
Huéng din giai

Chon D

Goi H 1a hinh chiéu cia A’ trén (ABCD) va K, L la hinh chiéu cia H trén AB, AD.

Ta c0 cac goc A'KH =45° va A'LH =60°.
x+/3

bat A'H =x suyra HK:x;HL:T.
x? 7x° 3
Do do AA'2=AH2+A’H2=x2+?+x2:>T:1:>x: =

Thé tich khdi hop bing V = B.h= AB.AD.A'H = ﬁﬁ.\g =3.

Cau 28. Thé tich caa khdi lang tru c6 chiéu cao bang h va dién tich day bang B 1a
A v=1gn. B. v =1gh. C.Vv=1gh. D. V —Bh.
6 3 3 2
Huwéng dan giai
Chon D ,
Ta co thé tich khoi lang tru V = Bh.
Cau 29. Cho lang try ABC.AB,C, c6 day ABC la tam gidc vudng tai C, canh AC =5a. Hinh chiéu
vudng goc cua A 1én mat phang ABC 1a trung diém cua canh AC, gbc giita mit phing
(AAB,B) véi (AAC,C) bing 30°, canh bén cua ling tru tao voi ddy mot géc 60° . Tinh thé tich
V cua lang try ABC.AB,C,?

3 3 3 3
Ay Y32 B.V=2 c.v=2, D v Y32
8 24 8 24

Huéng din giai

Chgn A
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Goi G la trung diém ciia AC = AG L (ABC)=> A, AG =60° = AG = AG.tan 60° :ﬁa. Ta
¢6 BC L(AACC).

Cau 30.Cho hinh ling try c6 tit ca cac canh déu bang a, day 1a luc giac déu, gbc tao boi canh bén va mit
day 1460° . Tinh thé tich khdi ling tru.

27
AvV=2a B.V:ﬁas. C.V=§a3. D.V="—2a
4 4 3 2 8
Huwéng dan giai
ChonA
A F
-
-
B E
D

Taco ABCDEF Ila lyc giac déu nén géc ¢ dinh bang 120°.
ABC la tam giac can tai B, DEF latam giac cantai E.
a3

7

SABc = Sper = %a.a.sin 120° =

1
AC =+/AB? + BC?-2.AB.BC.coSB = \/az +a? —2.a.a.(—5j —a\3.

S,cor = AC.AF =a3.a=a%/3.

2 2 2
a;/g+a2\/§+af:3a2\@.

SABCDEF = SABC + SACDF + SDEF =
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B'BH =60°= B'H :BB'.sin60°:§.

3

9a
Suy raV =—.
y 4

Cau 31. Khéi lang try ABC.A'B'C’ c6 day la mot tam gidc déu canh a, goc giita canh bén va mit phang

Cau 32.

day bang 30° Hinh chiéu cia dinh A’ trén mit phang day (ABC) tring v6i trung diém ctia canh
BC. Tinh thé tich cua khéi lang try da cho.

a*\3 a’y3 a*\3 a*\3
: B. : C. : D. :
4 12 ) 8 3
Hwéng dan giai
Chon C

Goi H 1a hinh chiéu cia A’ trén (ABC) = A'H LBC.
Dé thdy AH L BC (Vi AABC déu).
- (m))z(m):m 0.

Vi AABC ddu = AH = a‘[
/ A Z ’ a 3 1 a
Trong AA'AH vuong, taco A'H = AH.tan30°=T-—3:§.
R , a azf a’\3
Vay VABC.A’B’C’ =AH SAABC 2 4 3 .

Cho lang tru tam giac ABC.A'B'C’ ¢6 day ABC la tam gidc vudng can tai A, canh AC =2+/2.
Biét AC' tao véi mat phang (ABC) mot goc 60° va AC'=4. Tinh thé tich V cua khéi da dién
ABCB'C'.
16V3 B.v=15 cv-88
3 3 3
Huéng dan giai

AV=—r— D.V:§.
3

Chon A

Phan tich: Tinh thé tich cua khéi da dien ABCB'C’ bang thé tich khéi caa lang tru ABC.A'B'C’
trir di thé tich cua khéi chop AA'B'C’.

Gia str duong cao cua ling tru la C'H .

B

Khi d6 goc gitra AC'mit phang (ABC) la goc C'AH =60°.
Ta co:
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. CH
sin60°=— = C'H = 2/3;S 5 =4

2
VABC.A’B'C' =CH AABC 2\/7 (2\/5) = 8\/§ .
1 1 _8V3

VA.A’B’C’ = §C'H 'SAABC :g'VABC.A'B’C’ = 3

3 8f _16v3

VABB’C'C = VABC.A’B’C’ A.A'B'C’ 3

CAau 33. Cho hinh lang tru ABC.A'B'C’ ¢6 thé t1ch bang 30. Goi 1, J, K lan luot 1a trung diém cua AA,

BB’, CC'. Tinh thé tich V cua t dién CIJK .

A.Vzg. B.V =12. C.V=6.
Huwéng din giai

Chon D

Nhan thay:

(UK)II(ABC)||(AB'C')= d?c(:c(',gxl'ialfcz'))) = gCK = %

11

1

1
Ve =§d (C,(IJK)).S”K

5 =.d(C,(AB'C'))Spec :E.so =5,

D.V =5.

Cau 34. Khdi lang tru ABC.A'B'C’ c6 day la tam giac déu, a 1a do dai canh day. Goc giita canh bén va
day 1a 30°. Hinh chiéu vudéng goc cua A’ trén mit (ABC) tring v6i trung diém cua BC. Thé

tich cua khdi lang try da cho 1a
a’/3 5 2V3 c a3
5 T3 T2

Huéng din giai

B c
f;.u'l : 11'-.
i 'Y
ra ] LY
r / 1 1L'-.__
. - %, |'II

Chgn A

Goi H la trung diém cta canh BC = A'H L (ABC)

— NAH =30°=tan30°= AR _ 1
AH

D. a3\/§.

12
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Canh AH = ABY3_a¥3 2
2 2 2
3
—V =AHS,,. _alays, a3
2272 8

Cau 35. Cho lang truy ABCD.A'B'C'D’' c6 day ABCD 1a hinh thoi canh a, ttm O va ABC =120°. Géc
giita canh bén AA’ va mit day bang 60°. Dinh A’ cach déu cac diém A, B, D. Tinh theo a
the tich V cua khoi lang tru da cho.

3 3 3
a2\/§. B.V=aé/§. C.V:?’%. D.V =a%3.

AV =

Huwéng din giai

Chon A

Do AB=AD=a va BAD =60° = AABD déu canh a.
Mit khac: AA=AB=AD. Suyra A.ABD la chép déunén A’ c¢6 hinh chiéu vudng goc 13 tim

H ctia dudng tron ngoai tiép tam giac ABD .
= AH 12 hinh chiéu vudng goc ctia AA’ 1én day (ABCD) = (AA',(ABCD)) - AAH =60°.

ﬁazzﬁa?
4 2

SABCD = 28ABD =2
J3

Tam gidc ABD déu canh a nén AO :éa: AH =58

Tam giac A’AH vuéng tai H nén: A'H = AH tan 60° =§a.\/§ =a.

V3 s

Vay, thé tich khéi lang tru 1a: V = AH.S . = - a

Cau 36. Cho hinh hop ABCD.A'B'C'D’ ¢6 day la hinh chit nhat véi AB =+/3, AD =+/7 va canh bén bing
1. Hai mt bén (ABB'A’) va (ADD'A’) lan luot tao véi déy cac géc 45° va 60°. Thé tich khbi

hop bang

A 33 B. 747 C.7 D. 3
Huwéng din giai

Chon D
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Goi H 1a hinh chiéu cia A’ trén (ABCD) va K, L la hinh chiéu cia H trén AB, AD.
Ta c0 cac goc A'KH =45° va A'LH =60°.

Ne

bat A'H =x suyra HK =x; HL_X3
x> 7x° 3
Do do AA'2=AH2+A’H2=x2+?+x2:T:1:>x: 7

Thé tich khéi hop bang V = B.h = AB.AD.A'H = ﬁﬁ.\/g =

Cau 37. Cho hinh ling try ABCA'B'C'c6 day la tam gidc déu canh a . Hinh chiéu vudng goc caa A’ Ién
mit phang (AB C ) trung voi trong tdm tam giac ABC . Biét khoang cach giita hai duong thang

AA' va BC bing #. Tinh thé tich V ctia khéi ling tru ABCA'B'C'.

3 3 3 3
o3 B.V:a\/g. c.vzaﬁ. D.V:a\/g.
6 24 12 3

Huwéng din giai

AV =

Chgn C
Al o

M 1a trung diém cia BC thi BC L (AA’M).

Goi MH la duong cao cta tam giac A"AM thi
MH 1 A’A va HM 1 BC nén HM lakhoang cach
AA" va BC'.

Tacd AAHM = A GAM < 22 A A= a\f ,/
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a’ 4a? 4q° 2a
S AL =4 AL - o3l A =" A= AA="
3 3 9 3
442 2
Puong cao cua lang trula A'G = da” _ 30 =2
9 9 3
2 3
Thé tich V, , _o Nsad a3,
3 4 12

Cau 38. Cho khéi ling tru ABC.A'B'C’ ¢6 day ABC la tam giac déu canh bang a, canh bén AA'=a, goc
gitta AA’ va miat phang day bang 30°. Tinh thé tich khoi lang tru da cho theo a.

3 3 3 3
A EV3 g &V3 c. ¥ p, &3
8 24 4 12
Huwéng din giai
Chon A

Ké A'H L (ABC), H (ABC). Khi d6 goc gitta AA" va mt phang ddy bing goc gitra AA’ va
AH bing A'/AH =30°.
Trong AA'AH vuéng tai H,c6 A'H = A'Assin A'AH =asin30° < AH :%.

a’V3 a a’\/3

Taco VABC.A’B’C’ = SABC'A!H = 4 2 <:>VABC.A’B’C’ :T

Cau 39. Cho hinh lang tru ABC.A'B'C’ c6 déy la tam giac déu canh a. Hinh chiéu vudng goc cua diém A’
Ién mat phang (ABC) triing véi trong tam tam giac ABC . Biét khoang céch giira hai duong AA’

NE

va BC bang aT. Tinh thé tich V cua khéi lang try ABC.A'B'C’.
3 3 3 3
Ay =8V By -2V cv-¥B Dy =&Y
24 12 3 6

Huwéng din giai
Chon B
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Goi G la trong tam tam giac ABC. Vi A'G L(ABC) va tam giac ABC déu nén A'ABC la

hinh chép déu. Ké EF L AA" va BC L (AA'E) nén d (AA',BC)=EF = af .bat AG=h

2
Taco) AA= h%(%] .

Tam gidc A'AG ddng dang vai tam gidc EAF nén

2
AA_AG_AG _ e eac AAFE o h A3 - [y (a8 ] a8y a
EA FA FE 2 3 4 3
2 3

Thé tich V' cua khéi lang try ABC.AB'C' 13V = AG.S . =%. 2 f - alf .
biat AH=x=HB=x.
Taco K latrong tam tam giac AA'B’

2 v 2|, @ :
Suyra KB=—AB=—,[X"+—; KA——AH X’ +a’

3 3 4 3
AKAB vuong ta_u K nén

2
KB? + KA? = AB? @%(ZXZ +5%j=a2 < 8x?+5a°=9a’ & x =

a’\/3 av2 a’\6
4 2 8

av2
"

Vay V =S,,.AH =

CAu 46. Cho hinh lang tru ABC.A'B'C' ¢6 day 1a tam giidc déu canh 3a, hinh chiéu cia A' trén mit

phang (ABC) tring véi tAm duong tron ngoai tiép tam giac ABC . Canh AA' hop v6i mit phang
day mot goc 45°. Thé tich cua khdi lang try ABC.A'B'C' tinh theo a bang.

3 3
Agi .27a. Cgi D.27a.
4 4 4 6
Huwéng din giai
Chon B

Goi Al la duong cao, H la tam cua tam gisfc ABC = A'H L (ABC).
i [AA(ABC) =
i
AH 1 (ABC)

3a*@,AH :%Al —aV3, S,y =

= goc gilta AA’ va (ABC) la AAH = A'AH = 45°,

3a)’ /3 2
Taco: Al = ( a)4\/_=9a4\@.

A'H = AH.tan 45° = AH =a+/3.
Thé tich cua ling tru 1a:
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9a’\/3 27a®

4
A' B’

V =AHS,, . =a3.

A B
I
C
Cau 47. Khéi lang tru c6 day 1 hinh vudng canh a, duong cao bing a+/3 co thé tich bing
A. asg/g . B. aaf . C. a%\/3. D. 2a°/3.

Huéng dan giai
Chon C

Ap dung cong thac tinh thé tich khéi lang tru tacé V = Bh=a%a/3 =a’3.
Cau 48. Cho lang tru ABCAB,C, c6 dién tich mat bén ABB,A bang 4; khoang cach giita canh CC, va
mat phiang (ABB,A ) bang 7. Tinh thé tich khdi lang tru ABCABLC,.
28 14

A. 14 B. — C. — D. 28
3 3

Huéng din giai

Chgn A

Goi thé tich lang tru ABCABC, laV .
Ta chia khéi lang try thanh ABCAB,C, theo mit phang (ABC, ) duoc hai khoi: khéi chop tam
giac C,.ABC va khdi chop tir giac C,.ABB A

. 1 2
Taco VC1.ABC :§V :>Vcl.AB|31Ai :EV
‘ 1 1 28 . 28 3
Ma Ve pge s :E.SABBA.d(A;(ABBlA&)) :5.4.7 -3 Vay V =35 =14

https://toanmath.com/



Cau 49. Cho ling tru tam gidc ABC.A'B'C’. Cac diém M, N ,P lan luot thudc cic canh AA’,

BB’,CC'sao cho AM _1 BN _2 va mit phang (MNP) chia lang tru thanh hai phan c6 thé

AA" 2'BB 3
s M . o A CP 3
tich bang nhau. Khi do ti so rove la

Bi C.

A . —
12

N
Wk

o
N |-

e

Chon C

B
AM BN CP

Ap dung cong thuc : Vigowme 1( + - ]
Vv 3LAA" BB' CC’

ABC.A'B'C’

Taco:V =V nén1 AIVI+BN+CP —1<:>
* VY ABC.MNP ABC.A'B'C’ 3l AA BB' CC’ - 2

CP 1

===,
cc’ 3
Cau 50. Cho hinh lang tru ABC.A'B'C’ ¢6 day ABC la tam giac déu canh a, AA’:3?a. Biét rang hinh
chiéu vudng goc ciia A’ 1én (ABC) la trung diém BC. Tinh thé tich V cua khéi lang tru d6.
3 3
AV =2 B.v =22 cov=2 D.V=a3\ﬁ.
3 42 2

Huwéng din giai

Chon C
B’ C’
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Goi H 1a trung diém BC.
Theo gia thiét, A'H 1a dudng cao hinh lang tru va A'H =+ AA?2 — AH? = #.
a’yJ3 a6 3a*\2
4 2 8
Cau 51. Cho lang tru tam gidc ABC.A'B'C’ c¢6 day 1a tam giac ABC déu canh bang a. Hinh chiéu vudng
goc cua A’ trén mit phang (ABC) tring véi trung diém H cua canh AB. Goc giira canh bén

AH =

Vay, thé tich khéi lang tru 1A V = S

AABC

cua lang tru va mit phang day bang 30°. Tinh thé tich cua khéi ling tru di cho theo a.

3 3 3 3
A 3a” B & c. & D &
4 4 24 8
Huwéng dan giai
A
Tacd AH 1a hinh chiéu cua A'A trén (ABC) = A'/AH =30° = A'H =%§ =%
2 3
V= AH.S, . _aV8 a3 _a
6 4 8

Cau 52. Cho hinh ldng tru ABC.A'B'C’ ¢6 ddy la tam giac vudng cdn & C. Canh BB'=a va tao voi
day mot goc bang 60°. Hinh chiéu vudéng goc ha tir B’ 1én ddy tring voi trong tim ciia tam gidc
ABC . Thé tich khéi lang try ABC.A'B'C’ Ia:

9./3a° 9a’ 3./3a° J3a°

A. : B. —. C. : D. :
80 80 80 80

Huéng din giai

B

]
1
o

Goi P latrong tam cia AABC = B'P L (ABC)
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= (BB',(ABC)) = (B'BP) = B'BP = 60°

s.in60°:£=£ B’Pza—\/§
N BB" 2 _ 2
c0s60° = BP :l BP:3
BB 2 2

Goi K=BP(‘\AC:>BK=%BP=%T&

2 2
— BC? +(%BC) :(%a) _ e 35

10
a3 1(3a/5) 9a%/3
=V = BPSABC > 2[ IOJ 30

Cau 53. Cho lang tru ABC.A'B'C’ ¢6 day 1a tam giac déu canh a. Hinh chiéu vudng goc cia diém A’ 1én
mit phang (ABC) tring véi trong tdm tam giac ABC . Biét khoang cach giira hai duong thing

AA" va BC bang a%@' Khi d6 thé tich ciia khoi lang try 1a

a’\3 B a’\3 c a’\/3 a3

6 3 ) S 24 12
Hudng dan giai

Chon D

Do AABC déu trong tim G va A'G L (ABC) nén A.ABC 14 hinh chép déu.

a3 a\/3

Goi M 1a trung diém cta BC, khi d6 AM === AG ==

Goi H 14 hinh chiéu caa M trén AA’. Khi d6 do BC J_(AA’M ) = BC L HM nén HM la

duong vudng goc chung cua hai duong thing AA’ va BC. Do d6 HM = a\/_
aZ
bat AA'=AB=AC=x,khidd AG = Xz—?.
Do 2S,,,,, = AG.AM = MH.AA :»i -5 _%@.x - x:z—;.
2 3
Do SAABC zaf;/g’ AG :% :VABC.A'B'C’ = A,G'SAABC :al—\z/é'
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Cau 54.Cho hinh hop ABCD.A'B'C'D’ c6 BCD =60°, AC = a+/7,BD =a+/3, AB > AD ,dudng chéo BD'
hop v6i mat phang (ADD'A’) géc 30°. Tinh thé tich V ctia khbi hop ABCD.A'B'C'D’.

A @as. 8. 243" C. 354" D. /35,

Huéng din giai

Chon C
D' o'
r‘\30°
A : \ B!
|\
| \
\
SR A
7 N L -
7 -
"é/,—’ 0" \\ Yy
A B

1 Pit x=CD;y=BC (x>y)
[ Ap dung dinh Iy ham cos va phan giac trong tam giac BCD
3a2 =x% +y? —xy va x? +y% =5a°
= X=2a, Yy=a
1 Véi x=2y=2a vaC=60 —BD L AD — BD";(ADD'A) =30 —» DD'=3a
1 Vay V hinh hop = a°3/3
CAau 55. Cho hinh lang try ABC.A'B'C’ ¢6 day 1a tam giac déu canh a. Hinh chiéu vudng goc cua diém A’
1én mit phang (ABC) trung v6i trong tim tam gidc ABC . Biét khoang cach giita hai duong

thang AA’ va BC bang #. Tinh thé tich V cua khéi lang tru ABC.A'B'C’.
3 3 3 3
Ay -8V By -2V cy-dV3 p.v=&V3.
12 3 ) 24 6
Huwéng dan giai
Chgn A
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Goi M la trung diém ciia BC. V& MH L AA" (H € BC).
Tacé AM LBC, AG LBC = BC L (AAG)= BC L MH = d(AA,BC)=MH .

2 2
AH = JAMZ_MRZ =, |23° % _sa
4 16 4

av3 a\/§
Taco MH_AC _ i nGAH = aG=-MHAG_ 4 "3 _a
AH ~ AG AH a3
4

Vay V =S, . AG = ===

Cau 56. Cho lang tru ABC.A'B'C’ c6 day la tam gi4c déu canh a. Hinh chiéu vudng goc caa mat phang
3

(ABC) tring véi trong tam ctia tam giac ABC. Biét thé tich ctia khoi lang tru la a f . Khoang

a’y3 a _a'\3
a1

c4ch giira hai duong thang AB’ va BC la:

N B. 22, c. 2 p. 32
3 3 3 4 2
Hwéng dan giai
Chon C
= F &
.i.-.'i:." '

Phwong phap: Dung hinh v& nhu gia thiét bai toan. q q
+ phuong phap pho bién nhat dé tim khoang cach gitra 2 duong thang: tim mot mat phang chia 1

duong thang va song song voi dudng thang con lai.
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Céch giai: Goi F latrong tdm tam giac ABC. Suy ra A'F la duong cao cua hinh lang tru
Sasc = %a.a.sin 60° = ﬁaz :

Suyra AF =a.

AA’ song song véi mat phang (BCC'B’) nén khoang cach gitta AA" va BC chinh Ia khoang
cach gita AA’ va (BCC'B') va ciing bing khoang cach tir A dén mat phang nay.

BC vudng goc voi (FOE). Dung FK vudng goc véi OE nén EF =d(F,(BCC")).

2./3
3

Tinh AA = J(AF) +(AF) =222 - 0E.

Xét hinh binh hanh AOEA': d (A,(ABCD)): khoang céch hinh chiéu caa A 1én OE .

S,om = AO.A'F =OE.d =%a.

Cau 57. Mot khéi lang try tam gidc co cac canh day bang 13,14,15 canh bén tao véi miat phiang day mot
g6c 30° va co chidu dai bang 8. Khi d6 thé tich khéi lang try 1a.
A. 340. B. 336. C. 27443. D. 124+/3.
Huéng din giai

Chon B

Ta co: S,upe =+/21(21-13)(21-14)(21-15) =84.

Goi O 1a hinh chiéu cia A’ trén (ABC).

AA’AO vuodng tai O chota: A’O = AA'sin30°=4.

Vay: Vg ppe = 84.4=336.

Cau 58. Cho ling tru tam giac ABC.A'B'C' c6 ddy ABC 1a déu canh AB = 2a+/2 . Biét AC'=8a va tao véi

mit day mot goc 45°. Thé tich khéi da dién ABCC'B" bang
3 3 3 3

A 823 g 82°V6 c 16a°\3 D, 162°V6
3 3 ) 3 3

Huwéng dan giai

Chon D
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Goi H 14 hinh chiéu cia A Ién mp(A'B'C")
= HC'A=45"
= AAHC' vuong can tai H.

L pnAC 82

V2 2
2
2 2 2 2a2) 3 136
NX:Vagcce: :EVABC.A'B'C‘ :EAH S pgc :§-4a\/§-( 4) = 7
Goi H 1ahinh chiéu cia A 1én mp(A'B'C’)

— HC'A=45°
= AAHC' vuong can tai H.
AC' 8a
= AH = ="~ =4a./2.
2 2
(Zaf) 3 _16a*V6

2 2
NX: Vgeee: :EVABC.A'B‘C' :EAH ABC =5 48.\/_ 3

Cau 59. Cho lang tru ABC.A'B'C’ ¢6 day la tam glac déu canh a, AA'=b va AA’ tao véi mat day mot
g6c 60°. Tinh thé tich khéi lang tru.

3 a’h. 3 a’b. C. ﬁazb. D. %azb.
Huéng dan giai
Chon B
c'. A
Bl
A
cdoofo o2
H
B

Ké A'H 1 (ABC) tai H
Suy ra géc giita AA" va day bing AAH = 60°
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o AH=ZAA
2 2 2

2
Do do6 VABC.A’B’C’ =AH 'SABC = %%az sin60° = 3a8 b .
Cau 60. Cho khéi lang try tam giac ABC.A'B'C'c6 thé tich bang 30 (don vi thé tich). Thé tich cta khéi tir

dién AB'C'C Ia:

= sin60° =

AH 3 V3 ., b3
!A_ - '

A. 5 (don vi thé tich). B. 10 (don vi thé tich).

C. 12,5 (don vi thé tich). D. 7,5 (don vi thé tich).
Huwéng din giai

Chon B

Ta cé.

A

Khi d6 ta c¢6 thé so sanh truc tiép ciing dugc, tuy nhién & ddy ta c6 thé suy luan nhanh nhu sau:
Khoi B'ABC ¢6 chung dudng cao ké tir dinh B” dén day (ABC) va chung ddy ABC véi hinh
Ve 1
ling tru ABC.A'B'C’. Do vay —228¢ ==
ABC.A'B'C’ 3

Visge 1 1 1
Tuwong tu ta cd6 —228C == "khi d6 V, pec ==Vasc e = Vauge ==-30=10.
ABC.A'B'C’ 3 3

Cau 61.Cho lang tru ABCD.A'B'C'D'véi ddy ABCD Ia hinh thoi, AC =2a, BAD =120°. Hinh chiéu
vudng goc cia diém B trén mat phang (A'B'C'D’) 1a trung diém canh A'B’, gdc giita mat phang
(AC'D’) va mit day lang tru bang 60°. Tinh thé tich V ctia khdi lang tru ABCD.A'B'C'D’.

AV =+/3a% B. V =64/3a°. C.V =23a°. D.V =33a°.
Huéng dan giai

Chon B

(o4

Goi H 1a trung diém A'B’, suy ra BH L (A'B'C'D’).
Vi A'B'C'D’ 12 hinh thoi va B/AD’ =120° = AAB'C’ 1a tam giéc déu canh 2a.
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(AC'D')n(ABCD')=CD’

Tacé: {HC' LC'D’ = ((AC'D'),(AB'C'D'))=BC'H =60°.
BC' LC'D'

C6 AAB'C’ déu canh 2a nén C'H =§.2a=\/§a.

Xét tam gidc BHC’ vudng tai H c6: tan 60° :%: BH =C'H tan60° =3a.

Sapen = 2Sppe = 2'?'(2a)2 = 2\/58.2 .

VAY, Voo agen = BH.Sxacr = 38.24/3a% = 64/32°.
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