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CHUONG 3 PHUONG PHAP TOA DO TRONG MAT
PHANG

sAl1.  PHUONG TRINH DUONG THANG

@ TOM TAT LY THUYET
0 Vecto phdp tuyén, veco chi phuong

e 7 = (A; B) 1a vecto phap tuyén ctia duong thang (A) 7 =)
7 = (4;B)
{ﬁ’ e (A
s
(A) L (A) )
e U = (a;b) 1 vecto chi phuong ctia dudng théng (A)
{ﬁ’ e (A
(A) I (A)
/\ Chu ¥
o Néu 7, vecu theo thit tu la vectd phdp tuyén va vecto chi phuong cia duong thing (A) thi

k7w, m.aZ, (k, m #0) cing la phdp vecto va vecto chi phuong ciia duong thang (A).
o Mot duong thing hoan toan zdc dinh khi biét:

— hai diém thuoc né.

— hodc 1 diém va biét phuong ciia né.

Q Phuong trinh dudng théng

a) Phuong trinh téng quat ciia dudng thiang
Mbi duong thing trong mat phing Oxy déu c6 phuong trinh

Az +By+C =0, (A2 + B?>0)

Ngugc lai phuong trinh Az + By = C = 0, (A% + B% > 0) dugc goi la phuong trinh téng
quét ctia duong thang.
Khi d6 7 = (4; B) dugc goi vectd phap tuyén ctia duong thang.

a) Phuong trinh dudng thing (A) qua mét diém M (zo; yo) c6 phuong cho trudc.
Phuong ctia duong thing cé thé duge zdc dinh bdi vecto phdp tuyén, vecto chi phuong, hé sé
goc bing k (hop vdi chiéu duong truc Ox mot géc o ¢ tana = k)

e Phuong trinh téng qudt dudng thing (A) qua mét diém va cé vectd phap tuyén
n = (A; B)

7 = (4; B)

A(r —x0) + By — %) =0 (1) L

M (zo; yo) (A)
Dic biét: 7 = (k; —1) phuong trinh (A): y = k(x — x0) + yo (Phuong trinh qua 1 diém
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va 6 hé so k cho trudc.)

e Phuong trinh tham sé duong thing (A) qua mét diém va cé vectd chi phuong

u = (a;b)
@ = (a;b)
T =129+ a.t
T teR) (9
y=yo+0t
M (zo; yo) (A)
e Dudng thing (A) c6 hé sb k va qua M (zo; yo)
. N ) b
Duong thang (A) c6 vecto chi phuong w = (a;b) thi ¢6 s6 goc k = — va
a
(A): y = k(z — z0) + o (27)

e Phuong trinh chinh tdc dudng thang (A) qua mot diém va cé vectd chi phuong
u = (a;b)

7 = (a;b)

x_xozyzwlwﬁa#ab¢o($
a M(zo;y0) (A)

a) Phuong trinh dudng thing qua hai diém A(x4;y4), B(xp;ys)
y

T—z — .
. A = YT o (e #aa, yp £ya (4) e
B —Z4a YB— YA
. T =TA
e Néu 4 = zp thi (4.1)
r =B
Z = _| A
e Néu y4 = yp thi [y va (4.2) 0 a -
Y=1Yn
Phuong trinh theo doan chan A(a;0), B(0;b)
Ty
Za¥ 9 5
ot 7 (5)
a) Chum dudng thang A )
Dinh nghia 1. Tap hop cdc duong thang cing di qua
mot diem I dugc goi la chum duong thang va I goi la
tam cua chum.
Phuong trinh chim dudng thing c6 tam
I(z05 yo)
o Nz —xo) + pu(y — yo), (A2 +p?>0) I(z0; yo)
o \(Az+By+C)+u(A'z+B'y+C") =0, (A\2+u* > 0)
voi [ = (A)N(A)

Trong d6 (A): Ax+By+C =0, (A): Alz+B'y+C"'=0, (A: A’ # B: B’) va hai duong
thang (A), (A’) dugc goi 1a hai duong thang co sd ctia chimm.
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€) Goéc gitra dudng hai théng

Goi « la goc gifta hai duong thang (A) va (A’)
e Néu (A): Az+By+C =0, (A): Axz+B'y+C' =0

V6i (A2 4+ B2 >0, A+ B2 > 0) thi ta c6 of " =B
AA+ BB —
cosa = | + | (A) ‘ n' = (A"; B')
\/A2 + BQ.\/AIQ + B/2
Dic biet: (A) L (A) & AA+BB =0  (6)
(A7)
eNéu (A):y=ax+bva (A):y=dz+V va
o
— Néu a.a’ # —1 thi tana = 1a+ ac.za/
— Néu a.ad’ = —1 thi (A) L (4A) (7)

/\ Cha y
Tw (6) (A") L (A): Az + By + C =0 suy ra (A'): Be — Ay +m = 0.
Tu (7) (A") L (A): y=ax+b suy ra (A): y:—éa%l—m’.

o Khodng céch tir diém M (zo; yo) dén dudng thédng (A): Az + By + C =0

Khoang cach tit M (xg; o) dén duong thang o M (0;30)
(A): Az + By + C = 0 dugc cho béi cong thiic N
O
d— mp = A%t By +Cl = o
VA? + B? ?;S)X
mE
H
Q Cong thirc duong phan gidc
Cho (A): Az+By+C =0, (A'): Alz+ B'y+C’ = 0. Cac dudng &
phan giac ctia (A) va (A’) duge cho béi cong thic
Azx+ By +C Ax+ By+C |
A2 + B2 - A2 1 B” o (l2)
(1)
/ @
€ Vititwong déi clia hai dudng thang
Cho hai dudng thang
(A): A+ By+C =0, (A): Alz+By+C'=0
Ki hiéu
A B B C C A
D = a AB —A'B; D, = B o= B.C' - B'C; D, = o al= CA—-CA
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D,
. < A", B N =D
1) (A) va (A') cat nhau: D # 0 < i e 7 khi dé toa giao diem I: D
—k
A B 7D
2) (A) va (A’) song song: 1=F # ol
e

3) (A) va (A') trung nhau: A= B=-C
Hoac xét hé phuong trinh

Az +By+C=0
Ar+By+C' =0

e Néu (I) c6 nghiem (xg;yo) thi (A) va (A’) cit nhau.
e Néu (I) vo nghiém thi (A) va (A’) song song.
e Néu (I) vo s6 nghiem thi (A) va (A’) trung nhau.

€) Vitrituong déi clia 2 diém déi voi dudng théng

Cho hai diém M, N va dudng thang
(A): f(z,y) =Az+By+C=0

@ Néu f(M).f(N) <0 thi M va N nam khéc phia déi véi (A)
@ Néu f(M).f(N) >0 thi M vd N ndm cung phia déi v6i (A)

(® CACDANG TOAN

Dang 1. Viét phuong trinh dudng thing qua 1 diém va c6 phuong

Ky thuat 1. Viét phuong trinh duong thang qua 2 diém A(za;ya), B(xs;ys)

Phuong phap:

qua M (xo; o) . 2 .
@ (A): , phuong trinh tong quat (A): A(x — xo) + By —y0) =0
VTPT 7 = (A; B)
ua M (xo; i xr=x9+ at
@ (A): ! (703 %0) , phuong trinh tham so (A): ’ , (teR).
VTCP 4@ = (a;b) y=1yo+bt
qua M (zo; yo) s T—T Y=o
@ (A): , phuong trinh chinh tac (A): = .
VTCP U = (a;b) a b
qua M (03 30) e
@ (A): ) , phuong trinh tong quat (A): y = k(z — xo) + Yo
hé so goc

? 2 .T - SC -
A) qua 2 diem A(za;ya), B(zp;yp) cé phuong trinh tong qudt: 4 _ Ul
Ip —TA YB — YA

(A)

(A) qua 2 diém A(a;0), B(0;b) c6 phuong trinh doan chdn: g + % = 1l
(

(

A"V 1L (A): Av+By+C=0=(A): Bt —Ay+m =20
1
A’)J_(A):y:ax—l—b:>(A):y:—azL’+b’
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Vi du 1. Trong mat phang Oxy, cho AABC c6 A(0;3), B(—5;0), C(=5;-3).
1) Viét phuong trinh cac canh AABC, dudng trung tuyén, dudng cao AH.
2) Tinh dién tich va xac dinh toa do trong tam AABC .

Lai giai.
1) Phuong trinh cdc canh NABC, duong trung tuyén, duong cao AH
e (AB): L 1Y 143 -5y+15=0.

-5 1
e Ta thiy zp = r¢ = —5 = (BC): z = —1.

T — T T — T r+5 y+3
o (AC): = = & 6(r+5) =
(4C) To—TA Yo — Ya 0+5 343 ( )
5(y+3) o 62— 5y +15=0
Phutong trinh trung tuyén BM
Goi M la trung diém ctia AC

TA+ 2o
Ty = 5
Ty =T

)
M (——;O).
2
Thay rang yy = yp = 0= (BM): y = 0.
2) Tinh dién tich, xac dinh toa do trong tam
Goi H la chan duong cao tt A cia AABC. Do BC | Oy suy ra BC = |yp — yc| = 3,
AH =|za—zy| =5

1 1 15
e Dien tich AABC I § = ZBC.AK = 535 = —(dvdt).
Ta+2xp+ 20 10
Goi G 1a trong tam ciia AABC a1 3 ] T Ty G( 100)
[ ] : [ .
0i G' la trong tam cua , Suy ra yatus+ye ay 3
=== =0

U
K§ thuat 2. Viét phuong trinh duong thang qua M (zo;yo) va cé phuong cho trude.

Vi du 2. Trong mit phang Oxy, viét phuong trinh (A) di qua M (2; —1) va théa:
a) c6 veco phap tuyén 1a 7 = (1; —3).
b) ¢6 veco chi phuong la @ = (4;6).

¢) ¢6 he s6 goc k = 3.

Loi giai.
a) Duong thang (A) qua M (2; —1) c6 veco phap tuyén 7 = (1; —3) c6 phuong trinh tong quat

lx—2)-3.(y+1)=02—-2-3y—3=0<2—-3y—5=0.

b) Duong thang (A) qua M (2; —1) c¢6 veco chi phuong @ = (4;6) hay u = (2;3) c¢6 phuong trinh

tham s6

T=2+2
, (teR).
y=—1+4+3t

¢) Duong thang (A) qua M(2;—1) ¢6 hé s goc k = 3 ¢6 phuong trinh tong quat

y=3.(r—-2)—-1ey=3r—-6—-1<y=3z-7
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U
Ky thuat 3. Viét phuong trinh (d) di qua M (zo;yo) va
@ Cung phuong vdi dudng thing (A) cho trude.
@) Vuong géc véi duong thang (A) cho trude.

Vi du 3. Trong mit phang Ozy cho (A): 2z + 3y — 1 = 0 va M(1;—2). Viét phuong trinh
duong thang (d) théa

@ (d) | (A). @ (d) L (A).
Lo gidi.
@ () [I (A).
Céach 1: Duong thing (d) || (A) suy ra (d) c¢6 dang: 22+ 3y +c =0 (c # —1) (1)

ViM e (d) nén ti (1) 2.14+3.(—2)+ ¢ =0 < ¢ = 4. Thay ¢ = 4 vao (1) dugc phuong
trinh (d): 2z + 3y +4 = 0.
Cach 1: Vi () || (A) nen 74 = 7 (a) = (2;3).
Phuong trinh (d): 2.(z — 1)+ 3(y +2) = 0 < 2z + 3y + 4 = 0.
@ Vi (d) L (A) nén dudng thing (d) c6 dang: 3x — 2y +c =0 (2).
ViMe(d)nén (2) ©31—-2(-2)+c=0<c=-T.
Thay ¢ = —7 vao (2) ta duge phuong trinh dudng thang (d): 3z — 2y — 7 = 0.
U

Vi du 4. Trong mat phang Owxy, viét phuong trinh dudng thang (d) qua M (1; —1) va tao véi
duong thang (A): y = (\/5 — 1) r — 3 mot goclén nhat, nhd nhat.

Loi giai.
o (d) tao vdi (A) mot géc lon nhit.
(d) tao v6i (A) mot goc 16n nhat khi va chi (d) L (A). Khi d6 (d) ¢6 dang:
B 1 B 1
y——m@—l‘M)erM@y——m
e (d) tao vdi (A) mot géc nhé nhat.
(d) tao v6i (A) mot goe nhoé nhat khi va chi (d) || (A). Khi d6 (d) ¢6 dang:

y=(\/§—1>(m—xM)+yM@y=(ﬁ—l)(x—l)—l@yz(\/ﬁ—l)x—ﬁ.

(x—l)—1<:>y:—<\/§—1)x+\/§.

O

Ky thuat 4. Viét phuong trinh duong thang (d) qua M(zaz;ya) va hop vdi duing thing (A)

mot goc a cho trudc.

Phuong phap:
e Phuong trinh (A): Az 4+ By + C' = 0 ¢6 veco phép tuyén 7 a) = (A; B).
Phuong trinh (d) di qua M ¢6 dang:

Az —zn) + ply —ymr) =0, (W + > > 0) (1)

Khi d6 duong thang (d) c6 veco phap tuyén 7 ) = (A; ).

Th.s Nguyén Chin Em 6 https://emncischool.wixsite.com/geogebra
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Duong thang (d) hop véi (A) mot goc a cho trude khi va chi khi

s — |AX+ B.y
V(A2 + B?). (W +42)
& (AX+B.p)’ = (A2+ B?). (N + %) (2)

Véi mdi ho nghiem ctia phuong trinh dang cap déi véi A, p tiy chon 1 cap (\; p) thay vao
(1) cho ta mot duong thang can tim.
e Néu (A): y =azx +0b, (a+#0). Khi d6 phuong trinh

(d): y=d(x—znm) +ym (3)
(d) hop v6i (A) mot géc v cho trude khi va chi khi

a—a

1+ a.a

tana =

MBai gia tri a’ ctia (4) thay vao (3) ta duge phuong trinh (d) can tim.
Dac biét:
Néu o = 45° khi d6 ta st dung cong thitc duong phan giac
o Gida stt (A): Ax + By + C = 0. Khi do
— C6 mot dusng thang (A’) L (A) c6 dang Bx — Ay = 0.
— Cac dudng phan giac (1), (l2) ctia goc (A) va (A) c6 phuong trinh
Az + By +C _ Bxr — Ay
VLT VELD
— Duong thang (d) qua M va tao v6i (A) mot goc biang a = 45° < (d) ciing phuong véi

(L), (&)

— St dung K¥ thuat 3 dé hoan thanh bai toan.

& Az + By + C = £(Bz — Ay) (5)

Vi du 5. Trong mit phang Ozy, viét phuong trinh duong thing qua M (0; 1) va tao v6i dudng
thang (A): 2z —y + 1 = 0 mot goc bang 30°.

Lo giai.
Phuong trinh duong théng d qua A c6 dang (dy)

At A+ p(y — 1) =0, (A2 + % >0) (1)
Theo yéu cau bai toan ta co6

2A—pl L 2A-p VB
VHAZ +p2) BN+ ) 2
42X — p)? = 5.3\ + 12)
SN 16 pu— 114 =0 (2)

cos 30° =

Do pu # 0, dat A = u.t

Th.s Nguyén Chin Em 7 https://emncischool.wixsite.com/geogebra
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Khi d6 (2) tré thanh

A - 16t —11) =042 2 16t - 11 =0 & h=8+5v3
ty=8—5V3
e VGit=8+5V3taco\=pu(8+5v3). Chon p=1= X\ =8+5/3 thay vao (1) c6 phuong trinh
(d): (8 +5vV3)x+y—1=0.
e VGit=8—5V3taco\= (8 — 5\/5) Chon pt =1 = \ = 8 — 5/3 thay vao (1) ¢6 phuong trinh
(d2): (8 =5V3)z+y—1=0.
Vay qua M c6 2 dudng thing can tim:

(dy): (8+5V3)z+y—1=0, (dy): (8=5V3)zr+y—1=0

O

Vi du 6. Trong mit phing Ozy, viét phuong trinh dusng thang qua A(2;1) va tao véi duong
thang (A): 2z + 3y + 4 = 0 mot goc 45°.

Lo giai.

Céach 1:

Goi (A’) L (A) va qua géc toa do suy ra y .

(A”): 3z — 2y = 0. Cac duong phan giac (I;) ) \(A’): S0 — 2 =0

va (I3) cua goc tao béi (A) va (A7) v \
2x+3y+4:i3x—2y ’—_‘\r,__— —"}{*“/(dﬁ

V13 V13 = g
(l1):x—by—4=0

Goi(d) 1a duong thang qua A tao véi (A) mot

goc 45°, suy ra (d) cung phuong véi (I1) va (I3).
dy): 1.(x —2)—=5(y—1)=0
R

ST =Y +o=
(dy): 5.(x —2) + Ly —1) =0 50 +y — 11 =0,
Céach 2:
Phuong trinh dudng thang (A’) qua A c6 dang Az — 2) + u(y — 1) =0, (A2 + % > 0) (1)
Theo yéu cau bai toan

B S 7 D2 S | B

13(\2 + 12) B2+ ) V2
202\ + 3p) = 13(\° + p%) & 5X* — 24\ — 5> = 0 (2)

Do p # 0, ddat p = A\.t, ta ¢ (2) tr6é thanh
A2(5— 24t —5t2) =0 422 52 4 24t — 5 = 0 &

o VGit=—5tacopu=—5A Chon A =1, ¢c6 u = —5 thay vao (1) ta co

(x—2)—5(y—1)=02—-5y+3=0

Th.s Nguyén Chin Em 8 https://emncischool.wixsite.com/geogebra
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1 1
oVéitzStacéqu)\.Chon)\:5,cé,u:1thayvao(l)tacé

5r—2)+(y—1)=0&5bx+y—11=0

[l

Vi du 7. Trong mat phang Oxy, viét phuong trinh dudng thiang P(2; —1) sao cho dudng thang
dé cting véi hai duong thang (Ay): 20—y +5=0, (Ay): 3z + 6y — 1 = 0 tao ra tam gidc can
c¢6 dinh 1a giao clia hai duong thing (A;) va (Ay).

Loi giai.
Cach 1: (St dung cong thic duong phan gidc)
e Phuong trinh cac duong phan giac (I1), (I2) ciua goc tao béi (A) va (A) 1a

20 —y+5 3r+ 6y —1 (lh): 32 =9y +16=0
L AL L
NG 3v5 (I): 924+ 3y +14 =0

e Phuong trinh dudng thing (d;) || (1) v& qua P
3(z—2)-9(y+1)=03x—-9y—-15=0<2—-3y—5=0
e Phuong trinh dudng thang (dy) || (I2) v& qua P
Oz —2)+3y+1) =09 +3y—15=03c+y—5=0

Cach 1: (Dung cong thic tinh géc)
Phuong trinh dudng thang (d) qua P c6 dang

Az —2) +ply +1), (X +p?>0) (1)

Goi «, 3 theo thit tu 1a goc ctia (d) 1an luot hop véi (A) va (A’). Theo yéu cau bai toan

cosa = cos & 22— p = A+ 24
VBN + p?) 5.(A2 + p?)
A=3u
S22 —p=+(A+2p) &
3IN=—pu

— V6i A = 3p, chon A = 3, u =1 thay vao (1) ¢6 phuong trinh (d).
3z -2+ (y+1) =03 +y—5=0
— V6i 3\ = —p, chon A = 1, u = —3 thay vao (1) ¢6 phuong trinh (d).

(x—2)—3y+1)=02—-3y—5=0

Ky thuat 5. Viét phuong trinh duong thdng theo phuong phdp chum.

Vi du 8. Trong mat phang Oxy, viét phuong trinh dudng thang (d) di qua giao diém ctia 2
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duong thang
(A):22+y—3=0, (A):z—4y+1=0.

1) d di qua A(—1;2).
2) (d) || (Ay): 42+ 3y —20 = 0.
3) (d) L (Ag):x+y+3=0

Loi gii.
Phuong trinh dudng thang (d) di qua giao diém ctia hai dudng thang (A) va (A’) ¢6 dang

M2x+y—3)+ulr—4y+1) =0, A\ +p* > 0) (1)
1) Dudng thang (d) di qua A khi va chi khi toa do diém A thoa (1).
A2(=1)+2—3]+pu[(-1) —4.2+1] =0 3\ +8u =0 3\ — 8u =0
Chon A =8, u = —3 thay vao (2) ta c6 phuong trinh cta (d).
8(20 +y—3) —3(z —dy+ 1) = 0 & 13z + 20y — 27 = 0

2) Tu (1) ta viét lai (2N + p)z+ (A —4p)y — 32+ p =0 (2)
Duong thang (d) va (Ay) 1an lugt c6 vecto phap tuyén 774 = (2X + ;A — 4p), () = (4;3).
Theo yeu cau bai toan (d) || (A;) do d6 74 va 7 (a,) cing phuong

A+ 3N —4p

7 5 €320+ ) — 4B —4p) =05 18X + 19 =0 & 18) = ~ 19

Chon A =19, u = —18 thay vao (2) ta phuong trinh (d)
(2.19 — 18)z + (19 + 4.18)y — 3.19 — 18 = 0 & 20z + 91y — 75 =0
3) Theo yéu cau bai toan (d) L (Ay) = Tg L W(a,) = (1;1) © g T (ay =0
S 12N+ )+ LGB —4u) =0 5\ —3u=0
Chon A =3, pu =5 thay vao (2) ta dugc phuong trinh (d)

(2345)z+(3—45)y—33+5=0s 11z — 17y —4 =0

Dang 2. Xac dinh hinh chiéu vuéng géc cuia diém trén dudng thing

K§ thuat 6. Xdc dinh hinh chiéu cia diem M (xo;yo) trén duong thing (A): Ax+By+C =0

Phuong phap:
Cach 1:
e Phuong trinh duong thang (A') L (A) la 7 = (4; B) ]_‘M(l'o;yo)

Bz —x0) —Aly — ) =0 L (A): Az+ By+C=0 |
H(z1591)
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o H la hinh chiéu cia M trén (A) khi va chi khi toa do H la ciia hé phuong trinh

{A:c+By+C:0
B(z —x0) — A(y —%0) =0

o Giai (1) tim dugc toa do H.

Céach 2:
e Bién doi (A) vé phuong trinh tham so
Gid st
z=a+ Bt
Az +By+C=0% , (t€eR) (2)
y=p— At
e He (A)= H(a+ Bt; 5 — At) (*)
e Vi H la hinh chiéu cia M trén (A) suy ra MH L (A) hay MH. 7 x) =0 (3)

e Gidi (3) tim dugc t thay vao (2) tim dugc toa do H.
Cach 3: Ta co

MH? = (zg — 20)*> + (yg — v0)? = (o + Bt — 20)* + (8 — At — )? (4)

2 \ ) b
e Bién doi (4) ve tam thic bac hai f(t) = at*+c (a > 0) luon dat gid tri nhd nhat tait = —
a

o H la hinh chiéu ciia M trén (A) khi va chi khi M H nhé nhat khi t = —22
a
b b.B b.A)
- S * . ot
o Thayt = 5 Va0 (*) ta duaaH(a 2@,5 o
/\ Cha y
2 7 b
1) Khodng cach tu diem M dén (A) la d(M, (D)) =4/ f ( )

2
2) Khi (A) cho dudi dang tham sé nén dung cach 2 va 3.

K§ thuat 7. Xdc dinh diém A’ doi ziing véi A qua duong thing (A): Az + By +C =0
e Xac dinh diém I 1a hinh chiéu cia A trén (A) 7= (A; B)

M(l‘o;yo)
(K thuat 6) L L
o A’ déi xting véi A qua (A) khi va chi khi I 1a (B Ao 2GS0

1(3«"1;91)

trung diém ctia AA’

/ a
{xA/ = Aift =G5 Al(zarsyar)

yar = 2yr — ya

Vi du 9. Trong mit phing Ozy, xac dinh hinh chiéu ctia diém M (1; —1) lan lugt trén hai
dudng thing
r=1+2t

(A1)3x+y—32va(A2) { ,(tER)
y=—-2+t

Loi giai.
1) Xdc dinh hinh chiéu cia M(1;—1) trén (A;)
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e Phuong trinh dudng thang (A’) L (A) la
lr—2zy)—3y—yu)=0=1(z—1)-3.(y+1)=02x—-3y—4=0

e H la hinh chiéu ctia M trén (A) suy ra toa do H 1a nghiém ctia he

3r+y—32=0 xr =10
& Vay H(10;2)
r—3y—4=0 y =2

2) Xdc dinh hinh chiéu ciia M trén (Ay)

Vi H e (Ay) suy H(1+2t;—2+1) (1)
Taco MH? = (142t —1)2+ (=2+t+1)> =52 — 2t + 1, dat f(t) =562 — 2t + 1 (2)
D . . 1
Do H la hinh chiéu ctia M trén (Ag) nén M H nhé nhat khi (2) dat gia tri nhé nhat khi ¢ = R
1+ 2 !
1 T=17Tz T=% 79
Thayt:gvao(l) co 51(:) 59.VayH<g;—g).
- 94 __7
=ty e
O
Vi du 10. Trong mit phang Ozy, xac dinh diém A’ dbi xiing v6i A(3;1) qua dudng thang
(A):z—2y+9=0
Loi giai.
e Duong thang (A’) L (A) c6 phuong trinh
2(z—3)+1(y—1)=0224+y—8=0
e Goi I 1a hinh chiéu vuong goc ctia A trén (A). Toa do diém I 1a nghiém ctia he phuong trinh
r—2y+9=0 r=1
& hay I(1;5)
20 +y—T7=0 y=>5
e Diém A’ déi xting v6i A qua (A) khi I 1a trung diém ctia AA’
Ta =2x—T Ta =21-3 Ta = —1
{ 4 ! A:>{ 4 @{ 4 . Vay A'(—1;9)
yA/:ZxI—yA yA/:2.5—1 yA/:9
U

Dang 3. Viét phuong trinh dudng thing (A’) d6i xting véi (A): Az + By +C =0
cho truéc qua diém I(xy;yr) cho trude

K¥ thuat 8. Viét phuong trinh duong thing (A') déi xing vdi (A): Az + By +C =0 cho
trude qua dieém I(zr;y;) cho trude

Phuong phap:
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o Hai diém M (x;y) va M'(z';y') doi zing nhau qua I(x1;y1). M(y) (A
_I 4
z+z =2 =2 — '
<~ , =4 , . I(z1;91)
y+y =2 y=2y -y "
M (z;y) (A)

e Me(A)=AQ2x; —2')+B2y1 —y)+C=0
Phuong trinh duong thang (A)

(A"): Az’ + By + C = 2(Axy + By, + C) hay Ax + By + C = 2(Az1 + By, + C) (%)

Vi du 11. Trong mit phang (Oxy), viét phuong trinh (A’) déi xing v6i 3z — 5y +2 = 0 qua
1(2;-1).

Lo giai.
Theo cong thitc (*) & trén thi phuong trinh dusng thang (A’)

30— 5y +2=2(31-5(-2)+2) <32 —5y+2=30<3z—5y—28=0

Dang 4. Viét phuong trinh dudng phan giac trong ctia tam giac

K§ thuat 9. Cho AABC, viét phuong trinh duong phan gidc trong géc A cia tam gidc ay.

Phuong phap: Gid st phuong trinh cic canh (AB) (AC) theo thi tu c6 phuong trinh
fle,y) =ax+by+c =0, g(x,y) =ax + by +c2 =0

Budc 1: Viét phuong trinh cac duong phan gidc duge tao bdi cac canh (AB), (AC).

ar + by +c _ian—l—be—l—cg *)
Va3 + b Va3 + b3

b b
e Goi (Ih) la duong phan gidc fi(x,y) = aur+ouyta n as® + by +co 0

Vai + b a3 + b3

b b
e Goi (I3) la duong phan gidc fo(x,y) = S Ul Gl Gl G 0

Vai+ b3 a3 + b3

u cho ta don 01 won an gidc trong va ngoai. Dé phan bié an gidc
Tu (*) cho ta dong thoi 2 duong phan gidac trong g Dé phan biét phan g

trong va ngodi ta phdi xét dau cia ching.
Bude 1: Xét dau va két luan
e Tinh fi(B) va f1(C)
— Néu f1(B).f1(C) <0 thi (Iy) la duong phan gidc trong va (ls) la duong phan gidc
ngoas.
— Néu f1(B).f1(C) > 0 thi (1) la duong phan gidc ngoai va (Iy) la duong phan gidc
trong. (Ta c6 thé tinh fo(B).f2(C)).

Vi du 12. Trong mat phing Oxy, cho AABC véi A(2;0), B(0;4), C(4;—1). Viét phuong
trinh cac canh AB, AC' va duong phan giac trong cua goc A.

L&i giai.
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oPhu’dngtrinhcanh(AB):g+%:1@2x+y—420 Yy
— - —4
e Phuong trinh canh (AC): tTie _ Y7 Yo hay a = BN
Te— T Yo —Ya 2

y—4
I st —2=0.
—1

()

e Cac duong phan giac ctia goc A

2x+y—4:ia:+2y—2(:) (L): file,y) =2 —y—2=0 l ) 1
Y& V5 (b): folw,y) =w+y—2=0 ol AN
B N DA '
C
e Ta c6 f1(B) = —6, f1(C) =3 = fi(B).f1(C) = —18 < 0 suy ra B, C nam khac phia so véi (I;)
nén dudng thang (I;): x —y — 2 = 0 la duong phan giac trong clia géc A ctia AABC. O
Vi du 13. Trong mit phang Ozy cho 3 dudng thing
(A1):3x+4y—6=0, (Ag):4x+3y—1=0, (A):y=0
1) Viét phuog trinh phan gidc trong ciia goc A cia AABC va tinh dién tich tam giac do.
2) Viét phuong trinh duong tron noi tiép AABC.
Lo giai.
3r+4y—6=0 r=-2
e Toa do A: & Yy
dr+3y—1=0 y=3
hay A(—2;3)
1
dr+3y—1=0 T = -
e Toa do B: & 4
(1)
a 2.
Y 1
3r+4y—6=0 =2
e Toa do C': & ;-
y=0 y=0
hay C'(2;0) <,
1) Phuong trinh phan gidc trong cia goc A cia AABC
e Phuong trinh cac dudng phan giac ciua goc A.
m+4y—6_i4pww—1¢>(m:ﬁ@wwzx—y+5=0
V32 + 42 V32 + 4 (la): folw,y) =2 +y—1=0
19
J[B)=—+ 57 N a ol
Ta c6 5 = fi(B).fi(0) = 5> 0 suy ra B, C nam cung phia doi v6i (I1) nén duong
Hi(C)=-3

thang (I1) 13 dudong phan gidc ngoai. Vay (lp): x +y — 1 = 0 1a duong phan gidc trong ciia goc A.
e Tinh dién tich tam NABC
1 7
Ta c6 BC = |ZEc—ZL'B| = '2—1’ :Z, AH = |yA| = 3.
1
Dién tich tam giac AABC 1a Saapc = é.BC’.AH =
2) Viét phuong trinh duong tron noi tiép ANABC.

21

N | —
=1
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Ta can viét them duong phan gidc trong ciia goc B.

(l3): g1(z,y) =4z -2y —1=0
(la): go(r,y) =dx+8y—1=0

4o + 3y — 1

3 :iy(:>4:1:+3y—1::|:5y<:)[

Ta c6 g1(A) = =15, ¢1(C) = 8 = ¢1(A).g(C) = —120 < 0 suy ra A, C' nam khac phia so véi (I3)
nén dudng thang (I3): 4z — 2y — 1 = 0 la phan giac trong ctia goc B.

e Toa do tam I ctia dudng tron noi tiep AABC 1a giao ctia (Iy) va (I3) suy ra toa do I 1a ngién clia

1
r+y—1=0 =73 11 1
hé phuong trinh I: Y & % hay 1 <—; —>, ban kinh r = d(I, (A3)) = =.
4o — 2y —1 Y= 2°2 2
2
. . . 1\? 1\? 1
Phuong trinh duong tron: | x — 3 +ly— 5) =71 0

r

K§ thuat 10. Cho hai duong thing (Ay) va (A') cit nhau tai I; M khong ndm trén 2 duong
thang dé. Viét phuong trinh duong thang qua M cdt (Ay) va (Ay) lan ligt tai A, B sao cho
MA = k.MB.

Phuong phap:

Cach 1:
@ Qua M ké (A) || (Ag).
(A')
(A1)
3 Tréen (A,) lay A sao cho NA = k.NB.
@ Viét phuong trinh dudong théng noi hai diém A va M.
Cach 2:
(@ Dung J sao cho MI =kMJ.
2 Qua M ké duong thang (A) || (Ag). (Viét phuong trinh duong thing qua M va song song
(A2))

(@ Dung A = (A1) N (A") Giai he A: {

@ Dung N = (A1) N (A') gidi hé N: {

(Ay)
(&)

() Viét phuong trinh duong thang néi A va M.
Dac biét: Khi k = —1 chinh lo K§ thuat 8

Vi du 14. Trong mat phang Oxy, cho AABC ¢6 M(—1;1) la trung diém ctia 1 canh, 2 canh
cua tam giac c6 phuong trinh z+y—2 =0, 2r+6y+3 = 0. Tim toa do cac dinh cia AABC.

L&i giai.
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Goi (AB), (AC) lan lugt ¢6 phuong trinh z +y —2=0,2z 4+ 6y +3 =0
Toa do diem M khong thude (AB), (AC) nén M la trung diém ctia BC

15
r+y—2=0 T=7
e Toa do A: = - Yy
20+ 6y+3=0

?J:—Z

15 7
H A(—;——) C
wWAT T
Goi N la trung diém ctia AB. Ta ¢c6 MN [T R N 1
(MN):2(xz+1)+6(y—1)=0<2x+3y—2=0.
r+3y—2=0 37:1
e Toa do N: o 5
2z +6y+3=0 y——2
4

3 3 A
(3
R R

. rp=2rxN — X rp = —7 9 1
e N la trung diem ctia AB suy ra B: { b N 4 & 4 hayB(——-—)

Tp =28 —yYa | yp = 44

1
) To=2Ty — T o =~ 17
e M la trung diem cia BC suy ra B: { ¢ M B<:> ;LhayC’(—'—)
Te =2Ym — Yn Yo = -
4

15 7 91 17
(502300 :
Vay A\ i3 1) 9\7 7

Vi du 15. Trong mat phang Ozy cho duong thang (A): 22—y —2=0va (A): 2+y+3=0
va diém M (3;0). Viét phuong trinh dudng thang (d) qua M va cat (A) tai A cit (A') sao cho
MA=MB.

Loi giai.
Céach 1:
1
20 —y—2=0 =73
Goi I = (A)N(A') suy ra I: & 3
r+y=3=0 y=—-
3

1 8
(4
el 373

Phuong trinh duong thang (A1) qua M va (Ay) || (A') 1a 1.(z —
N+1(y—3)=0sa+y—3=0

5 S
r+y—3=0 rT=g o
e Goi N =(A)N(A;) suy ra N: Y & 2
20 —y—2=0 y=-
3
5 4
o (3
33

D6 chinh 1a phuong trinh dudng thing can tim.

. . 11 16
Goi A la diem doi xing véi I qua N suy ra A (E’ §>
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e Phuong trinh dudng thing

-3
(MA): 11— = 15— & 81—y —24=0
— 3 220
3 3
Cach 2:
Gié st A(xo;90). Do A € (A) tacod2xg—yp—2=0 (1)
” . N z N ‘$0+y0+3| ’$0+y0+3‘ ‘0—1-3—1-3‘ 6
Khoang cach tt A, M dén (A')1a dy = = cdy = ——m — = —.
° SR vz M rer T
. A, B cung phia so v6i (A')
Do M la trung diem ctia AB nén
Ya = 2ym
TOTHT 22 i y—9-0 2
% 7 Y (2)
11
2 —y—2=0 =g
T (1) va (2) suy ra A: & 16
r+y—9=0 y=—
3
e Phuong trinh dudng thang (M A)
x—3 Y
(MA): i =16 S8r—y—24=0
=3 220
3 3

Nhan xét. Trong mat phing Oxy cho duong thang
(A): f(x,y) = Az + By + C =0 va 2 diém P(xp,yp), Q(zg;yq)
(@ Néu P va Q nam cung phia vdi (A) tic (f(P).f(Q) > 0) th

f(P)  _ k.f(Q)

] _ 1.2 .
AP, A} = RA@ A&~ =

& f(P) =Kf(Q).

(2 Néu P va Q nam khdc phia vdi (A) tic (f(P).f(Q) < 0) th

[P KfQ)

AP A) = RAQ:A) & 22 K IE)
(PR =FA@A S T = VBB

f(P) = -k f(Q).

Dang 5. Vi tri tuong d6i ctia 2 dudng thing

Trong mat phang Ozy cho 2 duong thang (A): Az + By +C =0; (A): Az + By +C' =0
Phuong phap:
Cach 1: Xét hé phuong trinh

Az +By+C=0
Az +By+C' =0

Dua vao s6 nghiém cia hé (I) va két lugn vi tri cia (A) va (A)
Cach 1: Dung dinh thic.
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Vi du 16. Trong mit phang Ozy cho hai duong thang (A1) v& (Ay) c6 phuong trinh

xr=x +mt T = Ty + pt’
(Al)Z { ,(AQ)Z { ,
y =y +nt y=1y2+qt

(21, T2, 41, Yo 12 86 thuc ¢b dinh, t,t' € R, m®> +n* #£0, p* +¢*> #0)
Tim diéu kién can va du theo (m,n,p,q) dé

(D) cat nhau (2) song song (3) trung nhau (@) vuong goc

Loi giai.
Xét hé phuong trinh

{x1+mt—x2—|—pt’ {mt—pt'—xg—xl
=

Y+ nt =1ys + gt nt—qt' =y —

Ta co:

D mo—n| _ np— ma
b —q
(xe —x1) —n

D, = =n(zy — 1) —m(y2 — Y1)
(y2 - ?/1) —q
m  (xg — 1)

D, = = p(r2 — 71) — q(y2 — ¥1)
P (y2—w)

@ Ta c6 (A1) va (Az) cdt nhau: D #0 < np —mq # 0
np—mq =10
@ Taco (A1) || (A2) & [n(:cz —x1) # m(y2 — y1)
p($2 - $1) # q(y2 — y1)
np—mq=>0

@ Taco (A)) = (Ag) & ¢ [n(zy —x1) = m(y2 — y1)

p(r2 — x1) = q(y2 — 1)
@ Goi @ = (m;n), U = (p;q) lan luot 1a cac vecto chi phuong ctia (Aq), (Ay)

Taco (Ay) L(A) & U LT d.T=0&mp+ng=0.

Dang 6. Khoang cach 2 dudng thing song

Trong mdt phing Oxy cho hai duong thing song song
(A): Az+By+C =0, (A): Az+By+C' =0, (A>+B*>0, C#C)

Phuong phap:

Vi moi M (zo;y0) € (A) ta c6: Axg + Byo+ C = 0.

Khodng cich d[(A); (A)] = dM; A) = — = — = /o 7

(*)
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Vi du 17. Tinh khoang céch gitta (A): v3z +y +51 =0, (A): V3z+y+13=0

Loi giai.
o |51 —13] 38
Do (A A’) nén ap dung (*) suy ra d[(A); (A)] = — = — = 19. O
(A) | (A p dung (¥) suy ra d[(A); (A)] AT 2

Vi du 18. Trong mit phang Oxy cho 4 diem A(2; 1), B(0;1), C(3;5), D(—3; —1). Viét phuong
trinh cic canh hinh vuong, biét rang hinh vuong ay c6 mot cap canh song song lan lugt di qua
A, C cip con lai di qua B, D

Loi giai.
e Phuong trinh hai dudng thang song song qua A, C la

—~

>
BN

N~—
Q

(x—2)+bly—1)=0<axr+by — (2a+b) =0
(x—3)+bly—5)=0x ar +by — (3a+5b) =0, (a®>+b* > 0)

—~
>

L
<

Khoéng cach gitta (A4) va (A¢)

| =2a—b+Ba+0b)| |a+ 40|

e Phuong trinh hai duong thang vuong géc véi (Ay) lan lugt qua B, C la

d

(Ap): bz —aly—1)=0br—ay+a=0
(Ap): bz —3)+bly—5)=0br—ay+3b—a=0

Khoéng cach gitta (Ag) va (Ap) la

la—(@Bb—a)] |2a — 30|

e Bon dudng thing (A4), (Ap), (Ac), (Ap) chiia céc canh hinh vuong

do

la+4b]  [2a — 3D

Va2 + b2 Va2 + b2

a+4b=2a—3b [az?b
&

Sd=dy & & |a+ 4b] = |2a — 3b)

a+4b —2a + 3b b= —3a

— V6i a =T7b, chon b=1= a =7 ta c6 phuong trinh cac canh hinh vuong can tim 1a
(Ap): Te+y—15=0, (Ag): Tx+y—26=0, (Ag):x—Ty+7=0, (Ap):x—Ty—4=0
— V6i b= —3a, chon a = 1 = b = —3 ta c6 phuong trinh cic canh hinh vuong can tim I3
(Ap):z—3y+1=0, (Ac):x—3y+12=0, (Ap):3z+y+1=0, (Ap):3z+y—10=0

O
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Vi du 19. Trong mit phang Ozy cho hai ho dudng thang (2,,) va (%,) c6 phuong trinh

D mx+2my —4=0 (1)
Dp:(n*=3n+Tx+nn+3)y+19=0 (2)

1) Chiing t6 ring chi c6 mot trong hai ho da cho 1a chim dudng thang.
2) Chim duong thiang tim dudc c6 hai duong thang clia ho con lai.

Loi giai.
1) Vigtlai (1) ©@mz+2my—4=0& (z+2)m=y+4. (3)
e Ho (Z,,) 1a chiim duong thang khi (Z,,) luon di qua 1 diém c6 dinh
Khi va chi khi (3) 1a nghiém ding moi m. Diéu d6 c6 khi va chi khi

x+2=0 T =2
=
y+4=0 y=—4
Vay khi m thay ddi (2,,) luon di qua diém c6 dinh I(—2; —4).
Viét lai (2) & (n? —=3n+T)z+nn+3)y=19=0& (z+y)n? —3(z —y)n+7x+19=0 (4)
e Ho (2,) la chiim dudng thang khi va chi khi (4) nghiém ding véi moi m
r+y=0
xr = y = 0 ~
r—y=0 <& " (mau thuan)
e +19 =0 N

Vay ho dudng thang (Z,,) khong phai 1a chiim duiong thang.
2) Duong thang (Z,) thuoc chim (2,,) < I € (2,)

n=1
S (=2—-4n* =3(-2+2n+7(-2)+19=0=2n*+3n—-5=0 5
n = —5
N N 2 2 . N 2 - ] N 5 ~ N N
Vay trong ho duong thang (Z,,) c¢6 hai dudng thang ting véin =1 van = ) thudc chum duong

thang (%,,) (dpcm)
U

Dang 7. Xac dinh diém thudc mién géc nhon, géc ti

Trong mdt phing Oxy cho diém M (xo;yo) va hai duong thing (A1), (As) cdt nhau va khong

VUONg.

(A1): filr,y) = Aww+ By +Ci =0
(Ag): fo(x,y) = Asz + Boy + Co =0

Goi 11 = (A1; By), Mo = (Ag; By) la cdc vecto phdp tuyén tuong ing clia (Ar) va (Ay).

o Diéu kién can va di dé M thuoc mién goc mhon dugc tao bdi (Ay) va (Ay) la

ﬁlﬁgfl(M)fg(M> < 0.
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o Diéu kién can va di dé M thuoc mién goc tu dudc tao bdi (A1) va (Ag) la

ﬁl?l)gfl(M)fg(M) > 0.

Vi du 20. Trong mit phang Ozy, cho cac diem M (0;1), N(—7;2) thudoc mién goc tit hay mién
goc nhon duge tao bdi hai duong théng sau day:

(A): filw,y) =20 +y—3=0
(Do)t filw,y) =2 +3y —1=0

Li giai.

Duong thing (A1), (Az) 1an lugt c6 vects phap tuyén ny = (2;1), ns = (1;3)
m=5>0

e Tacod g fi(M)=—2 = ni.n.fi(M).fo(M) = —20 < 0 suy ra M thudc mién géc nhon tao boi

Dang 8. Viét phuong trinh dudng phan giic géc nhon, géc tit

Trong mdat phang Oxy cho hai duong thing
(A1): filz,y) =2z +y—3=0
(Do): fi(w,y) = +3y—1=0

Viét phuong trinh duong phan géc nhon tao bdi hai duong thang ay.

Phuong phap:

e Cdc duong phan gidc cia géc nhon tao bdi (A1) va (Ag) cé phuong trinh
VAl + B} VA3 + B3

e Diém M(z;y) thuoc duong phan gidc goc nhon dugc tao bdi (A1) va (Ay)

Tw (1) va (2) suy ra duong phan gidc trong goc nhon tao boi (A1) va (Ag) ¢ phuong trinh
Al.AQ + Bl.Bg fl(l‘,y) . fQ((L‘,y)

|A1.As + By.Bs| \/m B _\/ﬁ

/\ Chu y: Duong phan gidc goc tu tao bdi (A1) va (As) c6 phuong trinh
Ay Ay + BBy filw,y) fola,y)

|A1. Ay + B1.By| /A2 + B2 B /A3 + B3
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Vi du 21. Trong mit phang Ozy, viét phuong trinh dudng phan gidc goc nhon tao bdi hai
duong thang

(A1): filw,y) =32 —y+2=0, (As): folr,y) =242y —=3=0

Loi giai.
e Céc dudng thang (A;) va (Ay) lan lugt c6 vecto phap tuyén ny = (3; —1), ns = (1;2) = ny.np = 1
e Céc duong phan gidc clia goc tao bdi (Ay) va (Ay) ¢6 phuong trinh

’fl(xay)l _ ’fg(l’,y)‘ .

e Diém M (z;y) thuoc dusng phan gidc géc nhon tao bdi (A;) va (Ay)

&t (M) fo(M) < 0 fi(M).fi(N) <0 (2)
Tu (1) va (2) suy ra duong phan giac géc nhon tao béi (Aq) va (Ay)

filz,y) = V2fa(z,y) ©3c—y+2=V2x +2y—3) =0
& (3-v2)r—(1+2v2)y+2+3v2=0
O
(® BAITAPREN LUYEN
Bai 1. Trong mit phang Oxy, cho AABC c6 dinh A(2;2), duong c6 (BB'): 9z — 3y — 4 = 0, dudng
cao (CC"):x4+y—2=0.
1) Viét phuong trinh cac canh ctia tam gidc ABC.
2) Lap phuong trinh duong thang (d) qua A tao mot goc 45° véi duong thang AC.
Dap s6: 1) (AB): 27—y =0; (AC): 2+3y—8=0; (BC): Tox +5y —8 =0
2) (dy):x—2y+2=0;(dg): 20 +y—6=0
Bai 2. Trong mit phing Oy, cho hinh vuong ABCD c6 dinh A(—4;5) va mot dudng chéo dit tren
duong thang (A): 7z —y +8 = 0. Viét phuong trinh cac canh v dudng chéo thit hai ctia hinh vuong
do.
Dap s6: (AC): 2+ Ty —31=0, (AB): 3r —4y +32 =0, (AC): 4o + 3y + 1 =0,
(BD):4x+3y—24=0, (CD): 3x —4y+7=0

Bai 3. Trong mit phang Oxy, viét phuong trinh cac canh AABC biét B(2; —1), duong cao (AH): 3x—
4y + 27 = 0, duong phan giac goc C'la z + 2y — 5 = 0.
Dap s6: (BC): 4z +3y—5=0, (AC): y =3, (AB): 4z +Ty—1=0
Bai 4. Trong mit phang Oxy, viét phuong trinh cdc dudng trung tryc cia AABC, biét trung diém
cac canh 1a M(—1;-1), N(1;9), P(9;1)
Dap s6: (dy): 2 —y =0, (dy): 5r+y—14=0, (dp): o +5y — 14 =0
Bai 5. Trong mat phang Oxy, cho AABC c6 A(1;3) va hai dudng trung tuyén c6 phuong trinh I3
r—2y+1=0vay—1=0.Viét phuong trinh cac canh ctia noé.
Dap s6: (AB): 2 —y+2=0,(BO):x—4y—1=0, (AC): 2 +2y —7=0
Bai 6. Trong mit phang Ozy, tam giac ABC ¢6 (AB): 5z — 3y + 2 = 0, duong cao (AA'): 4o —
3y +1=0, (BB'): Tx + 2y — 22 = 0. Viét phuong trinh hai canh AC, BC va dudng cao con lai.
Dap s6: (AC): 22 — Ty —5=0, (BC): 3x + 4y —22 =0, (CC"): 3z + 5y — 23 =0
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5 3
Bai 7. Trong mat phang Oxy, cho AABC ¢6 dién tich Saapc = 2 hai dinh A(2;-3), B(3;—2) va
trong tam G thuoc duong thang (A): 3z —y — 8 = 0. Tim toa do dinh C.
Dap s6: C (-2;-10), C'(1;-1)
Bai 8. Trong mit phang Ozy, cho hai diem P(2;5), Q(5;1). Viét phuong trinh dusng thang qua P
sao cho khoang cach tit Q dén dudng thang dé bang 3.
Dap s6: (A): 2 —2=0, (A): 24z + Ty — 83 =0
Bai 9. Trong mit phiang Ozy, cho AABC ¢6 C(4;—1), (A): 22 — 3y +12 =0, (A"): 22+ 3y = 0
theo thit ty 14 phuong trinh dudng cao va duong trung tuyén xuat phat ti 1 dinh. Lap phuong trinh
cac canh cua AABC.
Dap s6: (AB): 92+ 11y +5=0, (BC): 3z +2y—10=0, (CA): 3z + Ty —5=0
Bai 10. Trong mit phing Ozy, cho AABC c¢6 A(2;—1) va hai dudng phan giac trong c6 phuong
trinh x — 2y =1 =0, 2 +y + 3 = 0. Viét phuong trinh canh BC.
Dap s6: (BC): 4z —y+3=0

Bai 11. Trong mat phang Ozy cho hai duong thang (A) va (A’) c6 phuong trinh
(A): (a—bz+y=1, (A): (a®>-b)r+ay=0

(a,b 1a cac s6 cho trude khong dong thsi bang khong)
1) Tim giao diém (néu cd) ctia (A) va (A').
2) Tim diéu kién doi véi a, b dé I € Oz.

Bai 12. Trong mit phang Ozy, cho hai ho duong thing

(A):kr—y+k=0 (1)
(A"): (1 —k)z +2ky — (1 +k*) =0 (2)

1) Chiing minh (A) la chiim duong thang.
2) Vi méi gia tri clia k, hiy xac dinh giao diém M ciia (A) va (A).
3) Tim quy tich ctia diém M.

. 1—k* 2k
Dap so: 1) tam chum I(—1;0); 2) M<

T+ k2 1+ k2
Bai 13. Trong mat phang Ozy cho dudng thang (A) c6 phuong trinh

)3 @): a2+ =1

reosa+ysina+2cosa+1=0

1) Chiing minh khi o thay d6i, duong thang (A) luon tiép xtc véi 1 dudng tron cd dinh.
2) Cho I(—2;1), dung IH L (A), H € (A) va kéo dai tia ITH mot doan HN = 2HI. Tinh toa do
N theo a.
Dap s6: 1) (¢): (v +1)2+32>=1;2) N(=2—3cosa(l +sina);1 — 3sina(l +sina))

Bai 14. Trong mat phang Ozy, cho hai diém A(—1;3), B(1;1) va dudng thang (A): y = 2z.
X4c dinh diem C € (A) sao cho AABC thoa

(1) tam giac deéu. (2) tam giac can.

Th.s Nguyén Chin Em 23 https: //emncischool.wixsite.com /geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3 - Hinh hoc 10

5 5 5 5
Bai 15. Trong mit phang Ozy cho diém A(1;1) va dudng thang (A): y = 3. Xéac dinh B € (A) va

C € Oz sao cho ANABC' déu.
5 <0;3+4J§> 5 (0; 3—4¢§)

. N . + 15 10 £ 21 + +2
Dap so: @) khong ton diem A; (2) {(2;4),(5 \/_5; 0 \/_5>, <3 \/@;6 m)}

3 3

C<3+35\/§;0)’ 0(3—35\/5;0)

Bai 16. Trong mat phang Oxy cho AABC vuong tai A, canh BC ¢6 phuong trinh v/3z—y—+/3 = 0,
hai diém A, B thudc truc hoanh. Xac dinh toa do trong tam AABC, biét rang ban kinh duong tron

noi tiép bang 2.

Dap so:

. 7T+4v3 6423 1+4v3 6+2V3
Dap so: G, : ;G | — ;—

3 3 7 3 3
Bai 17. Tam gidc AABC, B(—4;5) va hai dudng cao ¢6 phuong trinh 5z+4-3y—4 = 0; 3z+8y+13 = 0.
Viét phuong trinh cac canh tam gidac ABC.
Bai 18. Cho AABC ¢6 cac dinh A(2;2), B(—1;6); C(—5;3).
1) Viét phuong trinh céc canh AABC.
2) Viét phuong trinh duong cao AH.
3) Ching t6 AABC' la tam giac vudng can.
Bai 19. Viét phuong trinh cac canh AABC biét A(3;1) va hai duong trung tuyén 2z —y — 1 = 0;
r—1=0.

. . < . 22\ .. ) \
Bai 20. Tam giac ABC biét truc tam H (0; €> va hai canh c6 phuong trinh 3z —y — 1 = 0;
3z + 4y — 96 = 0. Viét phuong trinh canh thit 3.
Bai 21. Cho AABC ¢6 A(0; 3) va hai dusng phan giac trong c6 phuong trinh z—y = 0; 2z+y—6 = 0.
Viét phuong trinh cac canh tam gidc AABC.
Bai 22. Cho AABC c6 dinh A(3;5); B(4; —3) va dudng phan giac trong cia gocC' ¢6 phuong trinh
r+y — 8 = 0. Viét phuong trinh cdc canh AABC
Bai 23. Tam gidc ABC ¢6 (BC): 9x + 11y + 5 = 0, hai phan gidc trong ctia B, C' ¢6 phuong trinh
(Deltap): 2x — 3y + 12 = 0; (Deltac): 2x 4+ 3y = 0. Lap phuong trinh 2 canh con lai cia AABC.
Bai 24. Tam gidc ABC c6 A(4;—1), duong phan gidc trong va duong trung tuyén ké tit A theo
thit tu ¢6 phuong trinh (14): 22 — 3y + 12 = 0; (ma): 2o + 3y = 0. Viét phuong trinh cic canh clia
NABC.
Bai 25. Mot dinh ctia hinh thoi ¢6 toa do (0;1), mot canh ¢6 phuong trinh x 4+ 7y — 7 = 0 va mot
duong chéo c6 phuong trinh x + 2y — 7 = 0. Viét phuong trinh cic canh con lai ctia hinh thoi ay.
Bai 26. Viét phuong trinh duong thing (A) di qua A(2;4) va giao diém hai duong thang z+3y—9 =
0; 3x —2y —5=0.
Bai 27. Viét phuong trinh duong thang (A) song song véi dudng thang z —y +4 = 0 va di qua giao
diém 2 duong thang v +3y —1=0; 3x +2y — 5= 10
Bai 28. Viét phuong trinh duong thang (Delta) tao v6i dudng thang o —y — 1 = 0 mot goc 45° va
di qua giao diém hai duong thing z +3y —8=0; 3z — 2y —2 = 0.
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Bai 29. Cho hai diém A(3;1), B(—1;2) va dudng thing (A): x — 2y + 1 = 0. Tim diém C € (A)
sao cho AABC' la

(1) tam giac can. (2) tam giac vuong tai C.
Bai 30. Tam gidc AABC ¢6 A(1;-3), B(2;-3), dién tich S = 4 trong tam G thuoc duong thang
(A): 2 —y—2=0. Tim toa diém C.

Bai 31. Cho hinh thoi M N PQ c¢6 M(1;2), phuong trinh (NQ): z —y —1 = 0. Tim toa do cac dinh
ctia hinh thoi con lai. Biét NQ = 2M P va N c¢6 tung do am.

Bai 32. Trong mit phang Ozy cho hai duong thang

(A)):x—y=0; (Ag):22+y—1=0.
Tim toa do cac dinh hinh vuong ABCD, biét rang A € (A;); C € (Ay) va hai dinh con lai thuoc
truc tung.

Bai 33. Trong mit phing Oxy, xét AABC vuong tai A. Phuong trinh (BC): 3z —y — v/3 = 0.
Céac dinh A, B thuoc truc hoanh va ban kinh nai tiép AABC bang 2. Tim toa do trong tam AABC.
Bai 34. Cho hai diém A(1;1), B(4;-3). Tim diém C € (A): x — 2y — 1 = 0 sao cho khoang cach
tit C' dén duong thang AB bang 6.

Bai 35. Cho AABC ¢6 B(1;2), dudng phan giac trong (AD): x —y — 3 = 0, dudng trung tuyén
(CM): x + 4y + 9 = 0. Viét phuong trinh dudng thing chita cic canh ctia AABC.

@ BAITAP TRAC NGHIEM
Cau 1. Véc-to nao duéi day 1a mot véc-to chi phuong ctia dudng thing song song véi truc Oz?

A uy = (1;0). B. u; = (0;-1). C. uz3=(—1;1). D. u; = (1;1).
Loi giai.
Truc Ox: y = 0c6 VICP i (1;0) nén mot dudng thang song song véi Ox ciing c6 VTCP 1a i (1;0).
Chon dap an @ O
Cau 2. Véc-to nao duéi day 1a mot véc-to chi phuong ctia dusng théng song song véi truc Oy?

A u = (1;-1). B. uz; = (0;1). C. u3 = (1;0). D. u; = (1;1).
Loi giai.
Truc Oy: x =0 c6 VICP 7 (0; 1) nén mot dusng thang song song véi Oy ciing c6 VTCP la 7 (0;1).
Chon dap an O
Cau 3. Véc-to nao dudi day 1a mot véc-to chi phuong ctia duong thang di qua hai diém A (—3;2)
va B (1;4)7

A u = (—1;2). B. u; = (2;1). C. u3z = (—2;6). D. u; = (1;1).
Loi giai.
Duong thing di qua hai diém A (—3;2) va B (1;4) ¢6 VICP 1a AB = (4;2) hodc ¥ (2;1) .
Chon dap an O

Cau 4. Véc-to nao dudi day 1a mot véc-to chi phuong ctia dudng thang di qua gde toa do O (0;0)
va diém M (a;b)?

A U= (0;a+0). B. @7y = (a;b). C. U3 = (a;-b). D. @4 = (—a;b).
Lo gii.
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OM = (a;b) suy ra duong thang OM c6 VICP @ = OM = (a;b).

Chon dép an (B) O
Cau 5. Véc-to nao dudi day 1a mot véc-to chi phuong ctia duong thang di qua hai diém A (a;0) va
B (0; )7

A. ug = (a;-0). B. u; = (a;b). C. u3 = (b;a). D. u; = (=b;a).
Lo gii.
AB = (—a;b) suy ra dudng thaing AB c6 VTCP AB = (—a;b) hodic W = _AB = (a; —b) .
Chon dap an @ OJ
Cau 6. Véc-to nao dudi day 1a mot véc-to chi phuong clia duong phan giac goc phan tu thit nhat?

A ur = (1;1). B. u3 = (0;-1). C. u3 = (1;0). D. u; = (—1;1).
Loi giai.
Duong phan giac géc phan tu thit nhat 1a x —y = 0 suy ra VIPT 7 (1; —1) suy ra VITCP 7 (1;1).
Chon dap an @ [l
Cau 7. Véc-to nao dudi day 1a mot véc-to phap tuyén clia duong thang song song véi truc Ox?

A n7=(0;1). B. n; = (1;0). C. n3 = (—1;0). D. ny = (1;1).
Loi giai.
Duong thang song song v6i Oz: y +m = 0 (m # 0) suy ra VIPT 7 (0;1).
Chon dap an @ O
Cau 8. Véc-to nao dudi day 1a mot vée-to phap tuyén ctia dudng thang song song véi truc Oy?

A g =(1;1). B. n; = (0;1). C. n3=(-1;1). D. iy = (1;0).
Lo gii.
Duong thang song song v6i Oy: x +m = 0 véi (m # 0) VIPT 7 (1;0).
Chon déap an @ OJ
Cau 9. Véc-to nao dudi day la mot véc-to phap tuyén ctia dudng thing di qua hai diém A (2;3) va
B (4;1)?

A ny = (2;-2). B. 15 = (2;-1). C. n3 = (1;1). D. n; = (1;-2).
Loi giai.
AB = (2;—2), suy ra duong thing AB c6 VICP @ (1;—1), suy ra VIPT 7 (1;1).
Chon dap an @ O
Cau 10. Véc-to nao dudi day 1a mot véc-to phap tuyén clia duong théng di qua goc toa do va diém
A(a;b)?

A 7= (—a;b). B. n; = (1;0). C. n3 = (b; —a). D. n; = (a;b).
Loi giai.
OA = (a;b), suy ra dudng thang OA ¢c6 VICP ©@ = OA = (a;b), suy ra VIPT 7 (b; —a) .
Chon dap an @ 0

Cau 11. Véc-to nao dudi day 1a mot véc-to phap tuyén ctia dusng thang di qua hai diém phan biét
A(a;0) va B(0;0)7

A. 7 = (b;—a). B. n; = (=b;a). C. n3 = (b;a). D. n; = (a;b).
Loi giai.
AB = (—a;b), suy ra dudng thing AB ¢6 VICP @ = (—a;b), suy ra VIPT & = (b;a).
Chon dap an @ O
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Cau 12. Véc-to nao dudi day la mot véc-to phap tuyén ctia duong phan gidc géc phan tu thi

hai?
A n7=(1;1). B. n; = (0;1). C. n3 = (1;0). D. n; = (—1;1).
Loi giai.
Duong phan giac géc phan tu thit hai x +y = 0, suy ra VIPT 7 = (1;1).
Chon dap an @ O

Cau 13. Duong thing d c6 mot véc-ta chi phuong 1a @ = (2; —1). Trong cic véc-td sau, véc-td niao

1a mot véc-to phap tuyén cia d?

A. i =(-12). B. 3 = (1;-2). C. n3 = (—3;6). D. i} = (3:6).
Loi giai.
Duong thang d c6 VTCP @ (2;—1), suy ra VIPT 7 (1;2) hodc 37 = (3;6) .
Chon dap an @ O

Cau 14. Duong thing d c6 mot véc-to phap tuyén 1a 7 = (4; —2). Trong cac véc-td sau, véc-to nio

la mot véc-to chi phuong cia d?

A uy = (2;-4). B. u3 = (—2;4). C. u3 = (1;2). D. u; = (2;1).
Loi giai.
Duong thang d c6 VIPT 7 (4; —2), suy ra VTCP @ (2;4) hoac %U =(1;2).
Chon dap an @ O

Cau 15. Dudng thang d c6 mot véc-to chi phuong 1a @ = (3; —4). Dudng thiang A vuong goc véi d

c6 mot véc-to phap tuyén 1a

A. n7 = (43). B. n; = (—4;-3). C. n3 = (3;4). D. n; = (3; —4).
Loi giai.
Ug=(3;—4
! ( )iﬁA:Ud:(&—ll).
Ald
Chon dap an @ 0

Cau 16. Duong thang d c6 mot véc-to phap tuyén 1a 7 = (—2; —5). Duong thang A vuong goc voi
d c¢6 mot véc-to chi phuong la

A uy = (5;-2). B. u3 = (—5;2). C. u3 = (2;5). D. u; = (2; -5).
Loi gidi.
Ta= B8 (C9:25) hay chon —Ta = (2:5
{ALd = Up = ng=(—2;-5) hay chon —na = (2;5).
Chon dap én@ O

Cau 17. Duong thing d c6 mot véc-to chi phuong 1a @ = (3; —4). Dudng thing A song song véi d

c6 mot véc-to phap tuyén 1a

A 7l = (43). B. 13 = (—4;3). C. i3 = (3;4). D. i) = (3; —4).
L3i giéi.
= Up=Uqg=(3—4)=7na=(43).
Alld
Chon dap &n (A) O

Cau 18. Duong thang d c6 mot vée-to phap tuyén 1a 7 = (—2; —5). Dudng thang A song song vdi
d ¢6 mot véc-to chi phuong la
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A up = (5;-2). B. u3 = (—5;-2). C. uz = (2;5). D. u; = (2; -5).
Loi giai.
{ﬁd:(_25_5) S o i

= na="ng=(—2;-5)= ua = (5;-2).

Alld
Chon dap an @ O
Cau 19. Mot dudng thang c6 bao nhicu véc-to chi phuong?

A 1. B. 2. C. 4. D. Vo sb.
Loi giai.

Theo dinh nghia, ¢6 vo s6 véc-to chi phuong.
Chon déap an @ l

Cau 20. Duong thing d di qua diém M (1; —2) va c6 véc-to chi phuong @ = (3;5) ¢6 phuong trinh

tham sb 1a

r=3+1 r=1+3t r=1+ 5t r=3+2t
A. d: . B. d: . C. d: . D. d: .
y=>5—2t y=—2+05t y=-—-2-3t y=>5+t

Lai giai.

M((1;-2)ed r=1+3t
, suy ra PTTS d: (teR).
g = (3;5) y=—2+5t
Chon dép an (B) O

Cau 21. Duong thang d di qua gbc toa do O va c6 véc-td chi phuong @ = (—1;2) c6 phuong trinh

tham sb 1a

r=-—1 r =2t r=t T = —2t
A. d: B. d: C. d: D. d:
Loi giai.
0(0;0) € d =1
— PTTS d: ,(tER).
Ud = —U = (1, —2) = -2
Chon dap én@ O

Cau 22. Duong thang d di qua diem M (0; —2) v& c¢6 véc-to chi phuong @ = (3;0) c6 phuong trinh

tham sb 1a

r =342t x =0 =3 r =3t
A. d: B. d: C. d: D. d:
y=0 y=—2+3t y=—2t y=—2
Loi giai.
M(0;-2)ed x =3t
— PTTS d: , (t € R).
Ug =1 = (3;0) y=—-2
Chon dép an (D) O
Cau 23. Véc-to nao dudi day 1a mot vée-to chi phuong ctia dudsng thang d: {
= —1 + 6t
A. u; = (6;0). B. u; = (—6;0). C. uz3=(2;6 D. u; =
Loi giai.
T =2 R R
d: — VTCP uw = (0;6) = 6(0;1) hay chon uw = (0;1).
y=—1+6t
Chon dap an @ O
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1

X r=95—=t
Cau 24. Véc-to nao dudi day 1a mot vée-to chi phuong ctia dusng thang A: 2 7
y=-—-3+3t
1 — —>
A. a1 = (—1;6). B. u; = <§;3>. C. uz = (5;-3). D. uj = (-5;3).
Loi giai
rT=>5——t N 1 1 N
2 S VICP W= (—5;3) =3 (—1;6) hay chon uw(—1;6).
y=—-3+3t
Chon dap an @ O
Cau 25. Viét phuong trinh tham s6 ciia dudng thang di qua hai diém A(2; —1) va B(2;5).
x=2 xr =2t r=2+1 r=1
A. B. C. D.
y=—1+4+6t y = —6t y=25+6t y=2+6t
Loi giai.
A(2;-1) € AB r =2
., — AB: ,(t € R).
©ap = AB = (0;6) y=—1+6t
Chon dap an @ O
Cau 26. Viét phuong trinh tham s6 ctia dudng thang di qua hai diém A(—1;3) va B(3;1).
r=—14+2t r=—-1-2t r=3+2 r=—1—-2t
A. B. C. D.
y=3+t y=3—1 y=—-1+t y=3+t
Loi giai.
A(-1;3) € AB r=—-1-—2t
— — AB: . (t € R).
Uap =AB = (4;-2) = —2(-2;1) y=3+t
Chon dap an @ O
Cau 27. Duong thing di qua hai diém A(1;1) va B(2;2) c6 phuong trinh tham s6 1a
r=1+1 r=1+1 r=2+2 r=t
A. B. C. D.
y=2+2t y=1+2t y=1+1% y=t
Loi gii.
A(1;1) € AB r=1+t1 1 x=1
N — AB: ,(teR) — 0(0;0) € AB — AB: , (t € R).
©ap=AB = (1;1) y=1+t y=t
Chon dap an @ OJ
Cau 28. Duong théng di qua hai diém A(3; —7) va B(1; —7) c6 phuong trinh tham s6 1a
xr=1 r=1 r=3—-1 r=t
A. B. C. D.
y=—7 y=—-T7—1 y=1-"Tt y="1
Lai giai.
A(3;-7) € AB r=3+t ,_ 4 T =
Ta co SN — AB: — M(0;—-7) € AB — AB:
Tap = AB = (—2;0) = —2(1;0) y=—T7 y=—T.
Chon dap an @ O

Cau 29. Phuong trinh nao duéi day khéng phai la phuong trinh tham sb ctia dudng thang di qua
hai diem O(0;0) va M(1;—3)?

r=1-—1t r=1+1 r=1-2¢ T = —t
A. B. C. D.
y =3t y=-—-3—-23t y=—3+6t y = 3t
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Loi gii.
) ) r=1-—1t
Kiém tra duong thang nao khong chia O(0;0) —
y = 3t.
Néu can thi c6 thé kiém tra dudng thing nao khong chita diém M (1; —3).
Chon dap an @ OJ

Cau 30. Trong mit phang véi hé toa do Ozy, cho ba diém A(2;0), B(0;3) va C(—3;—1). Duong
thing di qua diém B va song song v6i AC c6 phuong trinh tham s6 1a

r = ot T =295 =1 r =345t
A. B. C. D.
y=3+t y=1+3t y=3-—>5t y=t
Loi giai.
Goi d 1a dudng thing qua B va song song véi AC.
B(0;3) €d x = bt
Ta c6 N —d: , (t € R).
Uy =AC = (=5;—-1) = —1-(5;1) y=3+t
Chon dap én@ O

Cau 31. Trong mat phang véi hé toa do Oxy, cho ba diém A(3;2), P(4;0) va Q(0; —2). Duong
thing di qua diém A va song song v6i PQ c6 phuong trinh tham s6 1a
r=3+4 r=3—-2t r=—-14+2t r=—142t
A. B. C. D.
y=2-2t y=2+t y=t y=—2+1
Loi giai.

Goi d la duong thing qua A va song song véi PQ).

A(3:2) e d r=342
Ta c6 N —d: — M(-1;0)ed
Uy = PQ = (—4;-2)=-2(2;1) y=2+t

r=—14+2t
—d: ,(t €R).

y=t
Chon dap an @ O
Cau 32. Trong mat phang v6i hé toa do Ozy, cho hinh binh hanh ABCD c6 dinh A(—2;1) va
i r=1+4+4t . .
phuong trinh duong thiang chia canh C'D la { . Viet phuong trinh tham s6 cua ducng
y =3t
thing chita canh AB.
r=—-2+4+3t r=—-2—4t r=—-2-31 r=—-2-31
A. B. C. D.
y=-—-2-2t y=1-3t y=1-—4t y=1+4t
Loi giai.
A(=2;1) € AB, Top = (4:3 v =2 4t
(=2:1) op = (4:3) ~ AB: (tER).
AB || CD%UAB:—Q_[CD:(—ZI;—S) yzl—?)t
Chon dap an O

Cau 33. Viét phuong trinh tham s6 ctia duong thang d di qua diém M(—3;5) va song song véi
duong phan giac clia géc phan tu thit nhat.

r=-3+t r=-—-3+1t r=3+1 r=5—1
A. B. C. D.
y=95—1t y=>5+t y=—-5+1 y=—-3+1

L&i giai.
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. N N rT=-3+1
Goécphantu (I) x —y=0— VTCP : w(1;1) = vy — d: { ,(t € R).
y=>5+t

Chon dap an O

Cau 34. Viét phuong trinh tham s6 clia dudng thang d di qua diém M (4; —7) va song song véi truc
Ox.

r=1+4t r=4 r=—-7T+1 x=t
A. B. C. D.
L&i giai.
Uoz = (1;0) = uq = (1;0) — d: = t=—4A(0;-7) e d—d:
y=-—"7 y=—7
Chon dap én (D) O

Cau 35. Trong mit phang véi hé toa do Oxy, cho tam gidc ABC c6 A(1;4), B(3;2) va C(7;3). Viét
phuong trinh tham s6 ctia duong trung tuyén C'M clia tam giéc.

=17 xr=3-—>5t r=T+1 r=2
A. B. C. D.
y=3+5t y=-T y=3 y=3-t
Lai giai.
— M(2;3) = MC = (5;0) =5(1;0) - CM: ,(t €R).
B(3;2) y=3
Chondépén@ O

Cau 36. Trong mit phang véi hé toa do Owy, cho tam gidac ABC c6 A(2;4), B(5;0) va C(2;1).
Trung tuyén BM ciia tam giac di qua diém N c6 hoanh do bang 20 thi tung do bing
27

25
A —12. B —. C. —13. D ——.
2 2

Loi giai.

A(2;4 5 — 5 1 xr =546t

( )—>M<2;—)—>MB:(3;——>:—(6;—5)—>MB: :
C(2;1) 2 2/ 2 y = —5t
5
20=5+6t |l=35
Ta c6 N(20;yy) € BM — & .
yn = —ot __%
Yn = 9

Chon dap an O
Cau 37. Mot dusng thang c6 bao nhiéu véc-to phap tuyén?

A 1. B. 2. C. 4. D. Vo sb.
Loi giai.
Theo dinh nghia.
Chon dap an @ O
Cau 38. Véc-to nao dudi day 1a mot véc-to phap tuyén cia d:  — 2y + 2017 = 07?

A n7 = (0;-2). B. n; = (1;-2). C. n3 = (—2;0). D. ny = (2;1).
Loi giai.
d:x—2y+2017=0— 4= (1;-2).
Chon dap an O
Cau 39. Véc-to nao dudi day 1a mot vée-to phap tuyén ctia d: — 3x +y + 2017 = 07

A. 7 =(-3;0). B. ny = (—3;-1). C. n3 = (6;2). D. n; = (6; —2).

Th.s Nguyén Chin Em 31 https: //emncischool.wixsite.com /geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3 - Hinh hoc 10

Lo giai.
d: —3z+y+2017=0— 14=(—3;1) hay chon —274 = (6; —2).
Chon dap an @ O
. r=—-14+2t

Cau 40. Véc-to nao dudi day la mot véc-to phap tuyen cua d: { 4 ?

A ny=(2;-1). B. 5 = (-1;2). C. n3 = (1; —éy) D. ny = (1;2).
Lo giai.

{x =142t N
d: — Ug=(2;-1) = ng=(1;2).

y=3—1

Chon dap an @ 0
Cau 41. Véc-to nao dudi day la mot véc-to chi phuong cta d: 2x — 3y + 2018 = 07

A u = (-3;-2). B. u; = (2;3). C. uz3 =(-3;2). D. u; = (2;-3).
Lai giai.
d: 22— 3y +2018 =0 — 4= (2;—3) = uq=(3;2) hay chon —1y = (—3;—2).
Chon dap an @ O
Cau 42. Duong trung tryc clia doan thing AB véi A = (—3;2), B = (—3;3) c6 mot véc-td phap
tuyén la

A. n7 = (6;5). B. n; = (0;1). C. n3 = (-3;5). D. n; = (—1;0).
L3i giai.

. {ﬂ%’ 01
Goi d la trung tric doan AB, ta c6 — ng=AB = (0;1).

d 1l AB

Chon dap an l

Cau 43. Cho dudng thing A: x — 3y — 2 = 0. Véc-to nao sau day khong phai la véc-to phap tuyén
cua A? 1
A ni = (1;,-3). B. nj = (—2;6). C. 75 = (—- —1). D. i} = (3;1).

Lo giai.
Arx—3y—2=0—71ar=(1,-3)—

Chon dép an (D) O

Cau 44. Duong thang d di qua diém A(1; —2) v& c6 véc-td phap tuyén 7 = (—2;4) c6 phuong trinh
tong quat 1a

Adix+2y+4=0. B.d:x—2y—5=0. C.d: —2x+4y=0. D.d:z—2y+4=0.
Lo gidi.

A(l;-2) ed
{ﬁd = (=2;4) = -2(1;-2)
Sd —2x+4y+10=0&d:x—2y—5=0.
Chon dap an O

Cau 45. Duong thang d di qua diem M (0; —2) v& c¢6 véc-to chi phuong @ = (3;0) c6 phuong trinh

—d:(z—1)—2@y+2)=0

tong quat 1a
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A d:x=0. B. d:y+2=0. C.d:y—2=0. D.d:z—2=0.
Loi giai.
M(0;-2) €d
—d:y+2=0.
Uy = (3;0) =3(1;0) — g =(0;1)
Chon dap an (B) O

Cau 46. Duong thing d di qua diém A (—4;5) va c6 véc-to phap tuyén 7 = (3;2) c6 phuong trinh

tham sb 1a

r=—4—-2t r= -2t r=1+4+2t r=>5-—2t
A. . B. . C. : D. .
y=95+3t y=1+43t y =3t y=—4+3t
Loi giai.
A(—=4;5) ed r=—4-2t
=d: teR).
ﬁd:(3;2)—>ﬂ)d:(—2;3) y:5—|—3t
Chon dap &n (A) O
~ ~ N ~ 2 - 2 N 2 €r = 3 - 5t
Cau 47. Phuong trinh nao sau day la phuong trinh tong quat ciia duong thang d: ?

y=1+4t
A 4x+5y+17=0. B.4x—-5y+17=0. C.4zx+5y—17=0. D. 4z —-5y—17=0.

L&i giai.

) e . A1) ed
Ta c6:d : — =d:4(rx-3)+5(y—1) =0« d:
y:1+4t Ud:<—5,4)—>ﬁ)d=(4,5)
4o + by — 17 = 0.
Chondépén@ O
. ) r =15
Cau 48. Phuong trinh nao sau day la phuong trinh tong quat ctia duong thang d: { /
y=6+T7Tt
A z—-15=0. B.z+15=0. C. 6z — 15y = 0. D.z—y—-9=0.
Loi giai.
x =15 A(15;6) € d
d: — =d:x—15=0.
y=6+Tt g =(0;7)=7(0;1) = 14 = (1;0)
Chondépén@ 0
Cau 49. Phuong trinh nao sau day la phuong trinh tham s6 ctia duong théng d: z —y+3 = 07?
x=t =t r=3 r=2+1
A. : B. : C. . D. .
y=3+1 y=3—1t y=t y=1+1
Loi giai.
r=0=y=3 A(0;3) ed r=t
d:z—y+3=0—>4 =19 =d: (t e R).
ng=(1;-1) ug = (1;1) y=3+t
Chondépén@ OJ
Cau 50. Phuong trinh nao sau day la phuong trinh tham sé clia duong thang d : 3z —2y+6 = 07?
x =3t r=1 r=1 x =2t
2 2 2
Loi giai.
d:3x—2y+6=0—q =94 3\ =d: 3 (teR).
nag=(3;—-2) ud:(2;3):2(1;§) y=3+—t
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Chon dép an (B) O

Cau 51. Cho dudng thang d: 3z + 5y + 2018 = 0. Tim ménh dé sai trong cadc ménh dé sau
A. d c6 vecto phap tuyén 1 = (3;5).
B. d c6 vecto chi phuong @ = (5; —3).

C.dcéhéségéck’:g.

D. d song song véi dudng thing A: 3z + 5y = 0.

Loi giai.
wa = (3;5) 7w =(3;5) =14
d: 31+ 5y +2018 =0 — { ©a=(5-3) 5 4 =(5-3) =1y
3 5
kd:—g k‘:g?ékd
Mt khéc ta ¢6 d: 3z + 5y + 2018 = 0 — d || Az 3z + 5y = 0 — D diing
Chondépén@ 0

Cau 52. Duong thang d di qua diém M (1;2) va song song v6i dudng thang A: 2z +3y — 12 =0 c6
phuong trinh tong quat 1a

A 2x+3y—8=0. B. 2x+3y+8=0. C.4dx+6y+1=0. D. 42 — 3y — 8 =0.
Loi giai.

M (1;2)ed M(1;2) ed
{d|| A:2x+3y—12=0 7 {d: 20+ 3y +c=0(c# —12)
d:2x+4+3y—8=0.

Chon dap an @ O

—21432+c=0% c= -8 Vay

Cau 53. Phuong trinh tdng quat ciia dudng thing d di qua O va song song véi duong théng A : 6z —
dr+1=01a

A 3x—2y=0. B. 42 + 6y = 0. C.3z+12y—1=0. D.6xr—4y—1=0.
Loi giai.
O (0;0) ed 0 (0;0) €d
— —6.0—-40+c=0<c¢=0. Vay d: 6x —
d||A:6x—4x+1=0 d: 6z —4x+c=0(c#1)

dy=0«<d: 3x—2y=0.
Chon dap an @ O
Cau 54. Duong thang d di qua diém M (—1;2) va vudng goc véi dusng thing A: 2z +y—3=0co
phuong trinh tong quat 1a

A 2x+y=0. B.z—2y—3=0. C.zx+y—1=0. D.z—-2y+5=0.
Loi giai.
M (-1;2) ed M(-1;2)ed
— - —1-224c=0&c=5.Vayd: x—2y+5=0.
dlA:2x+y—3=0 d:z—2y+c=0
Chondépén@ O

Cau 55. Viét phuong trinh duong thiang A di qua diém A (4; —3) va song song v6i duong thang

r=3-—2t
d: )
y=1+3t
A . 3x+2y+6=0. B. 2:r+3y+17=0. C. 3x+2y—6=0. D.3x—-2y+6=0.
Loi giai.
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Ta c6
A4;-3)ed
N A4;-3)ed
e (—2:3) = a = (3;2)
Un=(-2;3) = 1= (3
Alld A A
S A 3@ —4)+2(y+3)=0=A:3x+2y—6=0.
Chon dap an (C) O

Cau 56. Cho tam giac ABC ¢6 A (2;0), B(0;3), C (3;1). Duong thang d di qua B va song song vdi
AC' ¢c6 phuong trinh tong quét 13

A br+y+3=0. B.sr+y—3=0. C.ao+5y—15=0. D.z—15y+15=0.
Loi gidi.
B(0;3) ed
IO B(0;3)ed
UAC:AC:(—5;1)—> .
1q = (1;5)
d | AC

—d:1(z—0)+5(y—3)=0<d: z+5y—15=0.

Chon dap an @ O

Cau 57. Viét phuong trinh tong quat ctia duong thang d di qua diém M (—1;0) va vudéng goc véi

) rT=1
duong thang A: )
y=—2t
A 2x+y+2=0. B.2xr—y+2=0. C.x—2y+1=0. D.z4+2y+1=0.
Lo giai.
M (-1;0) ed
N M (-1;0) ed
un=(1;-2) — ( ) —d:1(z+1)—-2(y—0)=0<d:x—2y+1=0.
g =(1; -2
dL A ‘
Chon dap an (C) O
) . N r=1-3t
Cau 58. Dudng thang d di qua diem M (—2; 1) va vuong goc véi duong thang A: co
y=—2+51
phuong trinh tham s6 1
r=—-2-3t r=—2+5t r=1-3t r =145t
A. : B. : C. . D. :
y=1+5t y=1+3t y=2+5t y=2+3t
Lai giai.
M(=2;1)ed
- M(-21)ed x=—2+5t
Upa = (=35 =<, N —d: (t e R).
nag=(—3;5) = uwys=(5;3) y=1+3t
dLl A
Chondépén O

Cau 59. Viét phuong trinh tham s ctia dudng thang d di qua diém A (—1;2) v song song vdi
dudng thing A: 3z — 13y + 1 = 0.
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r=—-14+13¢t r=1+13t r=—-1-13¢t r=143t
A. : B. : C. : D. :
=2+3t y=—2+3t y=2+3t y=2-—13t
Loi giai.
A(-1;2)ed
N A(-1;2)ed r=—-1+13t
na=(3-13) = ¢ _ R —d: (teR).
ng=(3;—-13) = uwys = (13;3) y=2+3t
d| A
Chondépén@ O

Cau 60. Viét phuong trinh tham s6 ciia dudng thing d qua diém A (—1;2) va vuodng goc véi dudng
thang A: 2z —y+4 =0.

r=—1+2t =1t r=—1+2t r=1+2t
A. ) B. ) C. ) D. .
y=2-t y=4+2t y=2+t y=2_t
Loi giai.
A(-1;2)ed
- A(-1;2) €d r=—1+2t
na=(2-1) =9 2 1) —d: ) (t e R).
Ug = (2; — =2t
d1lA ! Y
Chon dap an (A) O

Cau 61. Viét phuong trinh tong quat ciia duong thang d di qua diém M (—2; —5) va song song véi
duong phan giac géc phan tu thi nhat.

A xz+y—3=0. B xr—y—-3=0. C.z+y+3=0. D 2z—y—-1=0.
Loi giai.
M (-2;-5) ed
M (~2;-5) =0
(I):z—y=0(A) — — —2—(-b)4+c=0c=-3.Vayd: s—y—3 =
d:z—y+c=0(c#0)
d| A
0.
Chon dép an (B) O

Cau 62. Viét phuong trinh tong quat ctia duong thang d di qua diém M (3; —1) va vudéng goc véi
duong phan giac géc phan tu thit hai.

Alz+y—4=0. B rx—y—4=0. C.zx+y+4=0. D xz—y+4=0.
Loi giai.
M (3;-1)ed
M (3;-1)
(I):z+y=0(A) —
d:x—y+c=0

dLl A
—3—(-1)+c=0c=—-4—d:x—y—4=0.

Chon dap an O

Cau 63. Viét phuong trinh tham sé clia dudng théng d di qua diém M (—4;0) va vudng goc véi
duong phan giac géc phan tu thit hai.

r=1 r=—4+t r=1 r=1
A. . B. ) C. ) D. )
y=—4+t y=—t y=4+t y=4—1t
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Loi gii.
M (~4;0) ed
N r=—-4+t ,,
(II):z+y=0(A) = na=(1;1) — — A(0;4) € d
y=t
d1lA—=w,=(1;1)
Tr =
—d: (t € R)
y=4+t
Chon dap an (C) O
Cau 64. Viét phuong trinh tong quét ctia dudng thang d di qua diém M (—1;2) va song song vdi
truc Ox.
A y+2=0. B.x+1=0. C.x—1=0. D y—2=0.
Loi giai.
M (-1;2) ed
—d:y=2.
d||Ox:y=0
Chon dap én@ O
Cau 65. Viét phuong trinh tham s6 ctia duong thang d di qua diem M (6; —10) va vuong goc voi
truc Oy.
r=10+1 r=2+t r =06 r =06
A. . B. d: . C. d: . D.d: :
y==6 y=—10 y=—-10—1 y=—-10+1
Lo giai.
M (6;—-10) € d r=6+t ,__,
— d: — A(2;-10) ed
d1lOy:z=0—uds=(1;0) y=—10
rT=24+1
—d: :
y=—10
Chon dép an (B) O
Cau 66. Phuong trinh tong quét ctia duong thang di qua hai diem A (3; —1) va B (1;5) 1a
A —2+3y+6=0. B.3r—y+10=0. C.3z—y+6=0. D. 3z +y—8=0.
Loi giai.
A(3;-1) € AB
Tap = AB = (=2;6) — T ap = (3;1)
— AB:3(x—3)+1(y+1) =0 AB: 3x +y—8=0.
Chon dap én@ O

Cau 67. Phuong trinh dudng thang cit hai truc toa do tai A (2;0) va B (0;3) la
A 2x—-3y+4=0. B. 322y +6 = 0. C. 322y — 6 =0. D. 223y —4 = 0.
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Loi giai.
—AB: —+2=1<3x—-2y+6=0.
B(0;3) € Oy -2 3
Chon d4p an O
Cau 68. Phuong trinh tdng quét clia dudng thang di qua hai diém A (2; —1) va B (2;5) 1a
Alz+y—1=0. B 2x—-Ty+9=0. C.x+2=0. D xz-2=0.
Lai giai.

A(2;—-1)€ AB
— AB:xz—2=0.

Tap = AB = (0;6) — 7 ap = (1;0)

Chon déap an @ O
Cau 69. Phuong trinh tong quét clia dudng thang di qua hai diém A (3; —7) va B (1;-7) la
A y—7=0. B.y+7=0. Cz+y+4=0. D.xz+y+6=0.
Loi giai.
A3;—-7) € AB
BN — AB:y+T7=0.
UAB = AB = (—4; 0) — Tl)AB = (O, 1)

Chon dap an O

Cau 70. Cho tam gidc ABC ¢6 A(1;1), B(0;—2),C (4;2). Lap phuong trinh dudng trung tuyén
cua tam giac ABC ké tu A.

Alz+y—2=0. B 2z+y—-3=0. C.x+2y—3=0. D.z—y=0.
Loi giai.
Goi M la trung diém ctia BC'. Ta can viét phuong trinh duong thang AM .
B(0; -2 —
Ta c6 ( )—>M(2;0)—>UAM:AM:(I;—l)%T”L’AM:(l;l)—>AM:x+y— = 0.
C(4;2)
Chon dap an @ O
Cau 71. Dudng trung truc ctua doan AB véi A (1; —4) va B (5;2) ¢6 phuong trinh la
A 2x+3y—3=0. B.3x+2y+1=0. C.3xr—y+4=0. D.z4+y—-1=0.
Loi giai.

Goi I la trung diém ctia AB va d la trung truc doan AB.
{A(l; —4),B(5,2)=>1(3;-1)ed
Ta co

R —d:2 +3y—3=0.
dlLAB = T1,=AB = (4;6) = 2(2;3)

Chon déap an @ OJ
Cau 72. Duong trung truc ciia doan AB v6i A (4; —1) va B (1; —4) ¢6 phuong trinh 1a

A zx+y=1. B.z+y=0. C.y—z=0. Dz—y=1
Loi giai.

Goi I la trung diém ctia AB va d la trung tryc doan AB.

A4;,-1),B(1;-4) =1 <g,—g> ed

dLAB = T, = AB = (=3;-3) = —3(1;1)
Chon dép an (B) O

Ta c6 =d:x+y=0.

Cau 73. Dudng trung truc cia doan AB véi A (1;—4) va B (1;2) ¢6 phuong trinh 1a
A y+1=0. B.x+1=0. C.y—1=0. D.x—4y =0.
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Loi giai.
Goi I 1 trung diém ctia AB va d 1a trung truc doan AB.

A(l;-4),B(1;2) = 1(1;-1)ed
Ta co N =d:y+1=0.
dLAB = 7, = AB = (0;6) = 6 (0; 1)
Chon dap an @ O
Cau 74. Dudng trung truc ctia doan AB v6i A (1; —4) va B (3; —4) c¢6 phuong trinh la
A y+4=0. B.x+y—2=0. C.x—2=0. D.y—4=0.
Loi giai.

Goi I 1a trung diém ctia AB va d la trung truc doan AB.

A(1;-4),B(3;-4)=1(2;—-4)€ed
Ta co N =d:x—2=0.
dLAB = 7, = ADB = (2;0) = 2(1;0)
Chon dép &n (C) O

Cau 75. Trong mit phang véi hé toa do Oxy, cho tam giac ABC ¢6 A (2;—1), B (4;5) va C (—3;2).
Lap phuong trinh duong cao cua tam giac ABC ké tu A.
A Tx+3y—11=0. B. 32z+7y+13=0. C.3z+7y+1=0. D. 7Tz +3y+13=0.
Lai giai.
Goi hy la duong cao ké tit A ctia tam giac ABC.
A(2;—1) € hy
Ta co N = hg: 7z +3y—11=0.
{hALBC = n,, = BC = (-7,-3)=—(7;3)
Chon dap an (A) O

Cau 76. Trong mit phang v6i he toa do Oxy, cho tam giac ABC c¢6 A (2;—1), B (4;5) va C' (=3;2) .
Lap phuong trinh duong cao ctia tam gidac ABC' ké tit B.
A 3x—-5y—13=0. B.3x+5y—20=0. C.3x+5y—37=0. D.bx—3y—5=0.
Lai giai.
Goi hp la duong cao ké tit B cua tam giac ABC.
B (4;5) € hp
Ta co N = hp:52—3y—5=0.
{hBJ_AC = Ny, = AC = (—5;3) = — (5;-3)
Chon dap an @ O

Cau 77. Trong mat phang v6i hé toa do Oxy, cho tam giac ABC ¢6 A (2;—1), B (4;5) va C (=3;2).
Lap phuong trinh duong cao cua tam giac ABC ké tu C.

A z+y—1=0. B.z+3y—3=0. C. 3z+y+11=0. D. 3z —-y+11=0.
Loi giai.
Goi he la duong cao ké tit C' cia tam giac ABC.

C (—3; 2) € he
Ta c6 . = hc:z+3y—3=0.
{th_AB = Tn. = AB = (2;6) = 2(1;3)

Chon dap an O
Cau 78. Xét vi trf tuong déi ctia hai dudong thang d; : © —2y+1=0va dy : —3z+6y—10 = 0.

A. Trung nhau. B. Song song.

C. Vuong goéc véi nhau. D. Cat nhau nhung khong vuong géc nhau.
Loi giai.
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di:x—2y+1=0 1 -2 1
= — = —F# — = di||ds.
dy:=3z+6y—10=0 —3 6~ —10
Chondépén O

Cau 79. Xét vi tri tuong doi ctia hai duong thang d; : 3z —2y —6 =0 vads : 62 — 2y — 8 = 0.

A. Trung nhau. B. Song song.
C. Vuong goéc véi nhau. D. Cat nhau nhung khong vuong géc nhau.
Loi giai.
N 3, =2
dy:3x—2y—6=0=n; =(3;,-2) A )
N ={6" =2 = di, dy cat nhau nhung khong vuodng goc
dy: 6z —2y—8=0= ny=(6;-2) - Ta#0
Chon dap an @ O
Cau 80. Xét vi trf tuong dbi clia hai duong thing d; - g - % =1 vidy: 32+ 4y — 10 = 0.
A. Trung nhau. B. Song song.
C. Vuong goéc véi nhau. D. Cat nhau nhung khong vuong goc nhau.
Loi giai.
1 1
dlzg—gzléﬁH:(—;——)
3 4 3 4 :ﬁl'ﬁ2:0$dlj_d2.

dy: 3z +4y —10=0= 1y = (3;4)

Chon dap an @ 0
. , r=—-1+1 r=2-2t
Cau 81. Xét vi tri tuong doi ctia hai duong thang d; : va dy : :
y=—2-—2t y = —8+ 4t
A. Trung nhau. B. Song song.
C. Vuong goc véi nhau. D. Cat nhau nhung khong vuong géc nhau.
Loi giai.
r=—-1+1 N )
dy : ) 2t:>u1:(1;—2) 1 _9
y = — — _ =
, = -2 4 = d1 = dz.
r=2-=2t —
ds - = B(2-8) € dy, Uy = (—2:4) Bediot=3
y=—8+4t )
Chon dap an @ 0

. N ' , xr=—3+4t r=2-2t
Cau 82. Xét vi tri tuong doi cua hai duong thang d; : va dy :

y=2—6t y=—8 44t
A. Trung nhau. B. Song song.
C. Vuong goéc véi nhau. D. Cat nhau nhung khong vuong géc nhau.
Loi giai.
x=—3+4t . )
d1 : :>A<—372) Edl,u1:(2;—3) 2 -3
y=2—0t — ==
, = —2 3 = d1||d2
r=1-2
ds : :>T[2:(—2;3) A¢d2
y =4+ 3t J
Chon dap an O
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3 9 ,
r=3+ <t r=_-+9
Cau 83. Xéac dinh vi tri tuong déi ciia hai duong thang A, : 2 g VA ACE: % .
=1+ -t == 8t
Y + 3 ¥y=3 +
A. Trung nhau. B. Song song.
C. Vuong goéc véi nhau. D. Cat nhau nhung khong vuong géc nhau.
Loi giai.
( 3
r=3+ =t
o 3 4
Ay 2 :>A(3;—1)€A17U1: (—;-) 3 4
4 2’3 =z
ly=-1+ gt 2_3
. 9 =49 8 = A = A
xr = = + gt/ I _1
A, % = Uy = (9;8) A€ot = 6
Yy = g + St/
Ve
Chon dap an @ O
. ) r=4+t
Cau 84. Xac dinh vi tri tuong doi ctia hai duong thang A; : 7To4+2y—1 = 0va A, : :
y=1-5t
A. Trung nhau. B. Song song.
C. Vuong goéc véi nhau. D. Cat nhau nhung khong vuong géc nhau.
Loi giai.
A r=4-+1 ( ) (5:1) = 5" 1 = Ay, cat nhau nhung
2" :>1_[2:]-,_5 :>TZ)2: 5,]_ = >
y = 1_5¢ N1 No 7é 0
khong vudng goc
Chon dap an @ O
B} ) r=4+4 2t
Cau 85. Xét vi tri tuong doi cua hai duong thang d; : vads:3x+2y — 14 =0.
y=1-3t
A. Trung nhau. B. Song song.
C. Vudng goc v6i nhau. D. Cat nhau nhung khong vuong géc nhau.
Loi giai.
r=442t N
dy : :>A(4,1)€d1,u1:(2,—3) 1—[1:1—[2
y=1-3t = = d) = ds.
—> — A € d2
dy:3x+2y—14=0=ny=(3;2) = us = (2;-3)
Chon déap an @ O
, , =442t
Cau 86. Xét vi tri tuong doi ctia hai duong thang d; : va dy : b + 2y — 14 = 0.
y=1-—>5t¢t
A. Trung nhau. B. Song song.
C. Vuong goc véi nhau. D. Cat nhau nhung khong vuong géc nhau.
Loi giai.
=442t N
dy : :>A(4,1)€d1,u1:(,—5) Ulzﬂ)g
y=1- 5t = = dy|dy.
A ¢ dy
do: 5z +2y —14=0= 1y =(52) = s = (2; D)
Chon dap an O
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. .. _ , x=2+3t x =2t
Cau 87. Xét vi tri tuong doi ctia hai duong thang d; : va dy :

y = —2t y=-2+3t
A. Trung nhau. B. Song song.
C. Vuong goéc véi nhau. D. Cat nhau nhung khong vuong géc nhau.
Loi giai.
r=2+3t )
dy : = u; = (3;,-2)
y=—2t N
= Ui Uy =0= d;Lds.
x =2t N
dsy : = Ug = (2, 3)
y=—2+3t J
Chon dap an @ O

Cau 88. Cho hai duong thang d; : va dy : . Khang dinh nao sau day

y=—-3+2t y=—7+ 3l
la dang:
A. d, song song ds. B. d; va dy cat nhau tai M (1;3).
C. d; trung véi ds. D. d; va dy cat nhau tai M (3;1).
Loi giai.
Ta c6
r=24+1t )
dy : =d :2x—y—7=0
y=-—-3+2t dy: 20 —y—7=0 r =3
= 4
dgl :>d23$—|—y—820
Yy = -7+ 3t1 )
Chon déap an @ OJ
N r=1-—1t N
Cau 89. Cho hai duong thang d; : va dy : x — 2y + 1 = 0. Khang dinh nao sau day la
y=05+3t
ding:
A. dy song song ds. B. d, song song véi truc Ox.
, 1 , 13
C. dy cat truc Oy tai M <O; 5) D. d; va ds cat nhau tai M <§, §>
Loi giai.
15

r=1—t¢ dy:3x+y—8=0 = )
dy - =d :3r+y—8=0= & =A, B, D sai.

y =543t dy:a—2y+1=0 y—
7

1 1
Oyﬂdg:x—2y+1:0<—>:)::0:>y:§:>d2m0y:M<0;§)_
Chon déap an @ OJ
Cau 90. Cho bon diem A (4;-3), B (5;1), C(2;3) va D (—2; 2). Xéc dinh vi trf tuong déi ctia hai
duong thang AB va CD.

A. Trung nhau. B. Song song.
C. Vuong goéc véi nhau. D. Cat nhau nhung khong vuong goc nhau.
Loi giai.

Ta c6 AB = (1;4), CD = (—4; —1). Suy ra AB va C'D cét nhau nhung khong vuong goc.
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Chon dép an (D) O

Cau 91. Cho bén diém A (1;2), B (4;0), C (1;—3) va D (7; —7). Xac dinh vi tri tuong déi cia hai
dudng thang AB va CD.

A. Trung nhau. B. Song song.

C. Vuong goc véi nhau. D. C4t nhau nhung khong vuong géc nhau.
Loi giai.
Vi ADB = (3;—2), CD = (6;—4) va AC = (0; —5) nén AB||CD.
Chon dap an O
Cau 92. Cac ciap dudng thang nao sau day vuong goéc véi nhau?

{x =1 R R {x =1
A d;: vady:2x+y+1=0. B. di:x—2=0vads: .
y=-—-1-2¢t y=20

C.d:2z—y+3=0vady:z—2y+1=0. D di:2x—y+3=0vady,: 4z —-2y+1=0.
Loi giai.
=1 N
dy : = u; = (1;-2) RN
(i) y=—1-—2t = U1 Uz # 0= loai A.
d22$+y1:0:>ﬁ2:(2,1)2>2_[2:(1,—2)

(ii) r=t = T,y =0 = dyLd,. Tuong ty, kiem tra
y=20
va loai cac dap an C, D.
Chon dép an (D) O
Cau 93. Duong thing nao sau day song song véi duong thang 2z + 3y — 1 = 0?
A 2x+3y+1=0. B.z—-2y+5=0. C. 2z —-3y+3=0. D. 4z -6y —2=0.
Loi giai.

d:2x+3y—1=0 2 3 -1 N )
Xét dap an A: = — = - # — = d||ds. Dé § rang mot duong thang song
dg:2x+3y+1=0 2 3 1

song v6i 22 4+ 3y — 1 = 0 s& ¢6 dang 22 + 3y +c = 0(c # —1). Do d6 kiém tra chi thay c6 dap an A

thoa man, cac dap an con lai khong thoa man.

Chon dap an @ O
Cau 94. Duong thing nao sau day khong c6 diém chung véi duong thang x — 3y + 4 = 07?
r=1+1 r=1-1 r=1-3t r=1-3t
A. : B. : C. : D. :
y=2+3t y=2+3t y=2+1 y=2-1
Loi giai.
Kihieud: z—3y+4=0= ny = (1;-3). (i) Xét dap an A: d; : =mn,=(1;3)=7n,n
y=2+3t
khong ctiing phuong nén loai A.
r=1-1
(ii) Xét dap an B: dy : = 13 = (3;1) = 7o, © khong cung phuong nén loai B.
y=2+3t
r=1-3t N
(iii) Xét dap an C: ds : = n3 = (1;3) = 73, ® khong cung phuong nén loai C.
y=2+t
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(iv) Xét dap an D: dy : = = = d||d4
y=2—t s = (1;-3) M¢d

Chon dap an @ O
Cau 95. Duong thang nao sau day vuong géc véi dudng thang 4o — 3y + 1 = 0?

r =4t r =4t r = —4t r =28t

A. : B. ) C. . D. )

y=-3-3t y=—-3+3t y=—-3-3t y=—-3+1
Loi giai.
Kihiud:4x —3y+1=0= n,=(4;-3).

T =4t N N
(i) Xét dap an A: d; : =n1=(3;4)=mn1-n4=0.
y=-3—3t
(i) Tuwong tu kiem tra va loai cac dap 4n B, C, D.
Chon dap an @ O
2 L o ” xr :t
Cau 96. Duong thang nao sau day c6 vo so diem chung véi duong thang { ?
y=-1
z=0 r=—-1+1 r = —1+2018¢ r=1
A. . B. . C. . D. )

y=—1+2018¢t y=0 y=—1 y=—1+t

Loi giai.

Hai duong théng c6 hai diém chung thi ching triing nhau.
Nhu vay bai toan tré thanh tim duong théng tring véi duong thang da cho ldc dau.

r=t A(0;—1) ed
Ta co d: =

y=-—1 g = (1;0).
Kiém tra dudng thing nao chita diém A(0; —1) va ¢c6 VTCP cing phuong v6i U 4.
Chon dép an (C) O
) ) X r=—-2+3t

Cau 97. Duong thang nao sau day c6 ding mot diem chung véi duong thang { o ?

A Tx4+3y—1=0. B. 7z +3y+1=0. ’

C. 3z — 7Ty + 2018 = 0. D. 7z + 3y + 2018 = 0.
Loi giai.

N ) . r=—-2+3t

Ta can tim duong thang cat d: {y R =d:Te+3y—1=0.

Mad;: Tx+3y—1=0= d; =d loai d;.
Ta cody: Tr+3y+1=0,ds: 7o+ 3y +2018 = 0 suy ra dy || d va ds || d loai do, ds.
Chondépén@ OJ

Cau 98. Vi gi tri nao ctia m thi hai duong thang d; : 3v+4y+10 = 0 vady: (2m—1)z+m?y+10 = 0
trung nhau?
A.m+2. B. m=+£1. C.m=2. D.m=-2.
Loi giai.
dy: (2m — Dz +m?y +10=0
Ta c6
dy: 3z + 4y + 10 = 0.

Qm—lim2 10 {2m—1:3

Khi d6 di = dy & S m=2.

- = &
3 4 10 m2 =14
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Chon dap an @ 0

Cau 99. Trong mat phang v6i he toa do Oxzy, cho hai dudng thang c6 phuong trinh d; : mx + (m —
Ly +2m=0vady: 2z +y—1=0. Néu d; song song ds thi
A.-m=2 B.m=-1. C.m=-2 D m=1.
Loi giai.
di:mz+(m—1)y+2m=0
Ta co

-1 ,2 m 7 0
Khidod, ||[dyo 2="""2T" o ? sm=2
2 1 —1 m = 2m — 2
Chondépén@ U
2 2 x:2_3t .
Cau 100. Tim m dé hai duong thang d;: 20 — 3y +4 =0 va ds: cat nhau.
y=1—4mt
1 1 1
A.m#—a B. m # 2. Cm#i D.m:§.
Loi giai.
r=2-—3t 1 = (2;-3)
Tacody:2x—3y+4=0vads: suy ra
y=1—4mt o = (4m; —3).
o dm , —3 1
KhldOdlﬂdQZM@77é—3<:>m#§
Chondépén@ OJ

r=—1+at

Cau 101. Véi gia tri ndo clia a thi hai duong thang d,: 20 — 4y +1 =0 va dy:
y=3—(a+ 1)t

vuong géc v6i nhau?

A a=-2 B.a=2. C.a=-1. D.a=1.
Loi giai.
Tacodi:2x —4y+1=0vadsy: nén
y=3—(a+ 1)t Ty = (a+ 1;a).
Khld(/)le_dQ@ﬁlﬁQZO@CL—f-]_—Qa:O{:}a:]_
Chon dép an (D) O

Co i ) T=—-2+42 z=2+mt
Cau 102. Véi gia tri nao ciia m thi hai duong thang d; : va ds:

y = —3t y=—6+(1—-2m)t
trung nhau?
1

A.mzé. B.m=-2 C.m=2. D. m # £2.

Loi giai.
Ta co

r=—-2+2t N
— dy: = Uy =(2;-3),dy: 3z +2y+6=0.

y=—3t
r=2+mi N
— dy: = A(2;—6) € dy, Uy = (m;1 — 2m).
y=—6+(1—-2m)t
Aed 3:242-(—6)+ 6 =0 (Ding)
Khidodi=do & Sy 1-—92m & S m = 2.
2 3 m=2
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Chondépén@ 0
p . ) r =2+ 2t
Cau 103. Tim tat ca cac gia tri cia m de hai duong thang d; : vads: dx—3y+m =10
y=1+mt
trung nhau?
4
A.m=-3. B.m=1. C.ng. D.meo.
Loi giai.
Ta c6
r=2+2t N
— d;: = A(2,1) S dl, U1 = (2,m)
y=14+mt
— dy:4dx —3y+m=0= Uy =(3;4).
Aed, 5+m =20 m = —5
Khidodi=dy & <9 ,, & 8 & 8 S med.
-1 Um=3 m=3
Chondépén@ O

Cau 104. Véi gia tri ndo ctia m thi hai duong thang di: 20 +y+4—m=0va dy: (m+3)x+y+

2m — 1 = 0 song song?

A.-m=1 B.m=-1. C.m=2. D. m=3.
Loi giai.
) dy:2z+y=0 )
Véim=4= = dy Ndy # @. Nén loai m = 4.
dy:Tx+y+7=0
di:2x+y+4—m=20 . 3 1 —=2m—-1 m=—1
Vaim#£4atm Y Al m+3 1 =2m o1 -
dy: (m+3)r+y—2m—-1=0 2 1 4—m m # —5
—1.
Chondépén O
Cau 105. Tim tat ca cac gia tri clia m dé hai dusng thang A;: 22—3my+10 = 0 va Ay: ma+4y+1 =
0 cit nhau.
A 1 <m<10. B. m=1 C. Khoéng c6 m. D. Vé6i moi m.
Loi giai.
Ai:z+5=0
— V6im =0 taco = m =0 (thod man).
Ay:dy+1=0

2 —
—V@im;«éOtacéAlﬁAQZM@—#%@Vm#o.

m
Chon dap &n (D) O

Cau 106. Vi gia tri nao ctia m thi hai dudsng thang A;: mz +y—19=0va Ay: (m — D)z + (m +
1)y — 20 = 0 vuodng goc?
A. V6i moi m. B. m=2 C. Khong c6 m. D. m=+1.
Lo giai.
{Alz mr+y—19=0= 11 = (m;1)
Ta c6
Ag:(m—1)z+(m+1)y—20=0= 1= (m—1;m+1)
Khido Ay LAy emim—1)+1(m+1)=0&me o.
Chon dap én@ O

Cau 107. Véi gia tri nao ctia m thi hai dudng thang d; : 3ma+2y+6 = 0 va do: (m?+2)x+2my+6 =

0 cit nhau?
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A m#—1. B.m#1. C. meR. D.m#1vam# —1.
Loi giai.
di:3mzr+2y+6=0= 1, =(3m;2)
Ta co
dy: (m*+2)z +2my +6 =0 = 7y = (m* + 2;2m).

Suy ra

di:y+3=0 X
— m =0, khi do = m = 0 (thod man diéu kién).

d2x+y+3:0

e m?+2  2m
— m#0,khidodiNdy =M & 3 #T(E)m#jzl.
m

Chondépén@ O

Cau 108. Vi gia tri nao ctia m thi hai duong thang d;: 22 — 3y — 10 = 0 va dy: {:1: =208
y=1—4mt
vuong goc?
A.m:%. B.m:% C.m=——. D.m=-
Loi giai.
di:2r—3y—10=0= 1, = (2;-3)

Ta c6 —92_ 3¢
doy: { v = ﬁQ = (4m, —3)

y=1—4mt
— — 9
Chon dap én@ O
, ) r=1+2t
Cau 109. V6i gia tri nao cua m thi hai duong thang d;: 4 — 3y + 3m = 0 va dy:
y=4+mt
trung nhau?
8 8 4 4
Am=—-. B.m=-. C.m=—-. D.m=-—-.
3 3 3 3
Loi giai.
di:4r —3y+3m=0= 1, = (4;-3).
=142t N .
dy: = A(1;4) € dy, 9 = (Mm; —2)
y=4+mt
Khi d6 di = dy & Sy 2 & ] S m=-.
11 cing phuong véi 715 T- 3 m= g 3
Chon dap én O

Cau 110. V6i gia tri nao ctia m thi hai dudng thang di: 3max + 2y — 6 = 0 v dy: (m? +2)z +
2my — 3 = 0 song song?
A - m=1m=-1 B. mego. C. m=2. D.m=-1.
Loi giai.
di:3mz+2y—6=0= 1, =(3m;2)
Ta c6
dy: (m*+2)z+2my—3=0= Ty = (m>+2;2m).

di:y—3=0
— m=0= = m = 0 khong thoa man.
do:2x+2y—3=0
242 2 -3
om0, khidody [ dyes o2 I T
3am 2 —6
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Chon dap an @ O
‘ , r=8—(m+ 1)t
Cau 111. Véi gia tri nao ctua m thi hai dusng thang d : vads: mr+2y—14 =10
y=10+1
song song?
m=1
A. ) B.m=1. C. m=-2 D. mew.
m=—2
Loi giai.

r=8—(m+ 1)t N
dll :>A(8,10)€d1,n1:(1,m+1)
Ta co y=10+1

do: mx +2y —14=0= Ty = (m;2).
A ¢ dy

Khi d6 dy || dp khi va chi khi
7, cung phuong v6i 179 = (0;2)

A ¢ dy [
— V6im =0 tacod . Suy ra m = 0 khong thoa man.
3
_ A dy 8m 46 # 0 m#—° m=1
— Véim#0taco§ 1 g1 S & 4 &
= m“+m—2=0 m=1;m=—2 m= —2
ChQﬂdépéH@ O

Cau 112. V6i gia tri nao ctia m thi hai dudng théng dy: (m —3)z +2y+m? —1=0vady: — 1+
my +m? — 2m + 1 = 0 cat nhau?
m # 1 m # 1
A m#1. B. 7 . C. m#2. D. 4 .
m # 2 m # 2
Loi giai.
dy: (m—3)r+2y+m?>—1=0
Ta c6
do: —z4+my+m?>—2m+1=0.
Khi d6 dy Ndy = M khi va chi khi

. d1—3$+2y—120 ,
— Véim =0 ta co (tho&d méan).
d2 c—xr+1=0
-3 2 m # 1
— Véim#A0tacs 2% 2 o 4
—1 m m # 2.
Chon dép an (B) O
, r=m+ 2t r=1+mt
Cau 113. V6i gia tri nao ctiia m thi hai duong thang A, : va Ag:
y=1+(m*+1)t y=m+t
trung nhau?
4
A. Khong c6 m. B.m= 3 C.m=1. D. m=-3.
Loi giai.
(
r=m+2t N N
Aq: = A(m;1) € dy, uy = (2;m” +1).
=1+ (m*+ 1)t
Ta co

r=1+mt
Ay = Uy = (m;1).
L y=m-+t
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Khi do6 d; = dy khi va chi khi

m=1+mt

A e dy m=1+m(l—m) m?>—1=0

m 1 <3 l=m+t < < < m =1

e — (m—-1(m*+m+2)=0 m—1=0

2 m?+1 m®+m—2=0
Chon dap én@ O
Cau 114. Tim toa do giao diém ciia duong théing A: 5z + 2y — 10 = 0 va truc hoanh.

A. (0;2). B. (0;5). C. (2;0). D. (=2;0).

Loi giai.

Toa do giao diém ctia duong thang A véi truc hoanh 1a nghiém ctia hé phuong trinh

y=20 xr =2
4
or +2y —10=0 y=0.

Chon dap an (C) O
, ) xr =2t
Cau 115. Tim toa do giao diem ctia duong thang d : va truc tung.
y=—5+ 15t
2
A. (5, O). B. (0;-5). C. (0;5). D. (—5;0).
Loi giai.

Goi M(z;y) 1a giao diém ctia dudng thang d véi truc tung.

Khi do6 toa doc ciia M la nghiém cua hé

2
x =2t =3 ,
y=—90+10t = qy=0 :>M<§;O>.
y=0 t = 1
3
Chon dap an (A) O
Cau 116. Tim toa do giao diém ctia hai dudng thing 7z — 3y + 16 = 0 va z + 10 = 0.
A. (—10;—18). B. (10;18). C. (—10;18). D. (10; —18).
Loi giai.
) ) Tr—3y+16=0 r=-—10
Toa do giao diem ctia hai duong thang la nghiém cta hé &
r+10=0 y = —18.
Chon dap &n (A) O
, , T =—3+4t x=1+4t
Cau 117. Tim toa do giao diem cua hai duong thang d : va dy:
y=2+5t y="T-—5t.
A (L;7). B. (—3;2). C. (2;-3). D. (5;1).
Loi giai.
—3+4t=1+4 t—t'=1 t=1
Xét hé phuong trinh & &
2+ 5t="7-5¢ t+t' =1 t' = 0.
. rz=1
Thay t = 1 vao duong thang d; ta dugc {
y="1.
Chon dap an @ O
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) x =224 2 )
Cau 118. Cho hai duong thang d;: 2x + 3y — 19 = 0 va ds: . Tim toa do giao diém
y = 55+ 5t
ctia hai duong thang da cho.
A. (2;5). B. (10;25). C. (-1;7). D. (5;2).

Lai giai.
Goi M(x;y) la giao diém ctia hai dudng thang d; va ds.
20 +3y—19=0 T =2
Khi d6 toa do giao diém ctia M 1a nghiém ctia hé { z = 22 + 2¢ Sey=5 = M(2;5).
y = 55+ 5t t=—10
Chon dap an (A) O
Cau 119. Trong mat phing véi hé toa do Oxy, cho hai diém A(2;0), B(1;4) vh duong thang
T = _t 2 2
d: { . Tim toa do giao diem ctia duong thang AB va d.
y=2-—t
A. (2;0). B. (—2;0). C. (0;2). D. (0; —2).
Lo giai.
Phuong trinh duong thing AB c6 dang 4z — 3y + 8 = 0.
Goi M(z;y) 1a giao diém ctia AB v6i d. Khi d6 toa do ctia M la nghiém ctia he

dr —3y+8=0 T =2

r=—t Sqy=0 = M(-2;0).
y=2—t t=2

Chon dap an O

2 2 r = _1 + t 2
Cau 120. Xac dinh a deé hai duong thang dy: ax+3y—4 =0 va dy: cat nhau tai mot
y=3+3t
diém nam trén truc hoanh.
A a=1. B. a=-1. C.a=2. D.a=-2

Loi giai.
Goi A(x;y) 1a giao diém ctia duong thang dy véi truc Ox. Khi d6 toa do ctia A 1a nghiém ctia he
r=-1+1 T =2
y=3+3t ©<y=0 = A(-2;0).
Vided = -2a—4=0&a=-2.
Chon dap én (D) O
Cau 121. Tim tat ca cac gia tri clia tham s6 m dé hai duong thang d;: 4z + 3my — m? = 0 va

r=2+t _ .,
dy: cat nhau tai mot diem thudc truc tung.

y=6+2t
A. m =0 hoac m = —6. B. m =0 hoac m = 2.
C. m =0 hoac m = —2. D. m =0 hoac m = 6.
Loi giai.
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Goi A(z;y) la giao diém ctia dudng thang ds v6i truc Oy. khi d6 toa do ctia A la nghiém ctia he

r=2+t z=0
y=6+2t = cy=2 = A(0;2).
r=0 t=-2
m=0
Vidced,=6m—-—m?>=0&
m = 6.
Chondépén@ 0

Cau 122. Cho ba duong thang d;: 32 —2y+5=0, dy: 20+4y—7 =0, d3: 3x+4y —1 = 0. Phuong

trinh duong thang d di qua giao diém ctia d; va ds, va song song véi ds 1a

A. 24z + 32y — 53 = 0. B. 24z + 32y + 53 = 0.
C. 24z — 32y + 53 = 0. D. 24z — 32y — 53 = 0.
L&i giai.

Goi A(x;y) la giao diém ctia hai duong thang d; va dy nén toa do clia né la nghiem ctia hé

3
30— 2 +5=0 r=—=
{ y - 2 A<:1m>'

20 +4y —7=0 y:§g 816
10 9 31 53
Dudng thing d song song véi ds nénd:3x+4y+c:0.V1A€d:>—§+Z+CZO4:>C:—§.
53
Vayd:3a:+4y—§:0<:>d:24a:+32y—53:0.
Chondépén@ O

Cau 123. Lap phuong trinh duong thang A di qua giao diém ctia hai duong thang d;: z+3y—1 = 0,
dy: v — 3y — 5 = 0 vh vuong géc véi duong thing ds: 2z —y + 7 = 0.

A 3x+6y—5=0. B. 6x+12y—5=0. C.6x+12y+10=0. D.zxz+2y+10=0.
Loi giai.

Goi A(z;y) 1a giao diém clia d; va dy nén toa do ciia n6 la nghiém ciia he

r+3y—1=0 =3 9
& 2:>A(3;——>.
— 3

i 2 )
Duong thing A L dznén A: 2 +2y+¢=0. ViAe A= 3+2. <—§>—|—c:0<:>c:—§.

5
VayA:x+2y—§:O<:>A:3x+6y—5:0.
Chondépén@ O

Cau 124. Trong mit phang véi hé toa do Oxy, cho ba duong thing lan lugt c6 phuong trinh
di:3r—4y+15=0,dy: 5x+2y—1=0vads: mz—(2m — 1)y +9m — 13 = 0. Tim tat ca cac gia
tri ctia tham sé6 m dé ba duong thang da cho cling di qua mot diém.

1 1

A.mza B. m = -5. C.m:—g. D. m=5.

Lai giai.

Goi A(z;y) 1a giao diém clia d; va dy nén toa do ctia n6 la nghieém ciia he

3r—4y+15=0 x=-—1
& = A(—1,;3).
Sor+2y—1=0 y=23
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Videds=-m—-6m+3+9m—13=0< m =5.
Chondépén@ O

Cau 125. Néu ba duong thing d;: 20 +y—4 =0, dy: 52 —2y+3 =0 va dg: ma + 3y — 2 = 0 dong

quy thi m nhan gia tri nao sau day?
12

A —. B. —. C. 12. D. —12.
) )

Lai gidi.

Goi A(x;y) 1a giao diém ctia d; va dy nén toa do clia né la nghiem clia hé

5
2r+y—4=0 =3 5 26
Y & 36:14(—;—).
5r—2y+3=0 y= = 99
9
5m 26
ViA€d3:>?m—|—§—2:O4:)m:—12.
Chon dap én (D) O

Cau 126. Véi gia tri nao ctia m thi ba duong thang dq: 3z —4y +15 =0, dy: 52 +2y — 1 =0 v&
dz: mx — 4y + 15 = 0 dong quy?

A. m=-5. B. m =5. C. m=23. D.m=-3.
Lai giai.

Goi A(z;y) 1a giao diém clia d; va dy nén toa do clia n6 la nghiém ciia he

3r—4y+15=0 r=-1
& = A(—-1;3).
or+2y—1=0 y=3

Videds=-m—-12+15=0&m=3.
Chondépén@ O
Cau 127. Véi gia tri nao ciia m thi ba dudng théing di: 22 +y —1=10,dy: 2 +2y +1 = 0 v&
d3: mx —y — 7 = 0 dong quy?

A . m=—-6. B. m =6. C. m= -5 D. m =5.
Loi giai.

Goi A(x;y) la giao diém ctia d; va da nén toa do clia né 1a nghiem clia hé

20 +yl =0 r=1
& = A(1;-1).
r+2y+1=0 y=-—1

VidAeds=m+1-T7T=0&m=6.

Chon dap an O
Cau 128. Duong thing d: 51z — 30y + 11 = 0 di qua diém nao sau day?

4 4 3 3

A M <—1; ——>. B. N (—1; —). . P <1; —). D. <—1; ——>.

3 3 C 4 ¢ 4
Loi giai.
Thit titng toa do ctia cac diém M, N, P, @ ta thay toa do ctia M théa man.
Chon dap an @ O

) ) r=142t
Cau 129. Diem nao sau day thuoc duong thang d: ?
y=3-—1
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A. M(2;1). B. N (7;0). C. P(3;5). D. Q(3;2).
Loi giai.
r=1+72t
Ta co d: Sr+2y—7=0.
y=3—1
Thit ting toa do ciia cac diém M, N, P, @ ta thiy toa do ciia Q thoéa man.
Chon dap an @ 0
Cau 130. Duong thang 122 — 7y + 5 = 0 khong di qua diém nao sau day?
5 17
A. M(1;1). B. N(—1;-1). C. P(—E;O). D. Q( ,7)
Loi giai.
Thay toa do ctia cac diém M, N, P,Q ta thay diém M khong thuoc dudong thang.
Chon dap an @ 0
) ) r=—-1+2t
Cau 131. Diem nao sau day khong thuoc duong thang ?
y=3—>5t
A. M(—1;3). B. N(1;-2). C. P(3;1). D. Q(—3;8).

Loi giai.
r=—14+2t
Ta co Sbhr+2y—1=0.
y=3—5t
Thay toa do clia cac diem M, N, P,Q ta thay diéem P khong thuoc dudng thing.

Chon dap an @ O
Cau 132. Tinh géc tao béi gitta hai dudng thing di: 20 —y —10=0vady: 2 —3y+9=0
A. 30°. B. 45°. C. 60°. D. 135°.
Loi giai.
di: 20—y —10=0—= 7, = (2;-1) L_(4,: 2.1+ (=1)-(— 1
Tacé{l y = D) RN 1
dy: 2 —3y+9=0— 75 = (1;—3) V24 (-1 12y (-3 V2
— @ = 45°.
Chon déap an OJ
Cau 133. Tinh géc tao béi giita hai duong théng d;: 7o — 3y +6 =0 va dy: 22 — 5y — 4 = 0.
Al B. . c. D, 5T
4 3 3 4
Loi giai.
fdi:Te =3y +6=0— 71 =(7;-3) p(diiar) 14 + 15| 1 T
Ta co ——— COSp = =— = p=—.
dy: 20— 5y —4=0— 1y = (2;—5) VAI+9./44+25 V2 4
Chon déap an @ OJ
Cau 134. Tinh géc tao béi gitta hai dudng thang d;: 2z 4+ 2v3y+5=0va dy: y — 6 = 0.
A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai.
Ta c6 d112x+2\/§y+5:0_>n1:<1;\/§) —>‘p:(d“d2) cosp = \/g‘ = ﬁ — =
do:y—6=0— 1o =1(0;1) V1+3-/0+1 2
30°.
Chon dap an @ O

Cau 135. Tinh géc tao béi gitta hai dudng thing d;: =+ v3y =0 va dy: z + 10 = 0.
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A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai.
dll l’+\/§y:0—> 71)1 = <1,\/§) o=(d1;d2) |1—|—0| 1 N 60°
——> Ccosp = = - — p =60°.
doy: 4+ 10=0— 79 = (1;0) V1I+3-4/1+0 2
Chon dap an @ O
R r=10— 6t
Cau 136. Tinh gbc tao bdi gitta hai duong thang d;: 6x — 5y + 15 =0 va ds: )
y=1+5t
A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai.
di: 6 —5y+15=0— 1, = (6;—5)
r=10—6t Sy Ty = 0 B e,
dy: — Ng = (5,6)
y=1+5t
Chon dap an @ O

Cau 137. Cho dudng thang di: x +2y — 7 =0 va dy: 20 — 4y + 9 = 0. Tinh cosin ctia goc tao bdi
gitta hai duong thing da cho.

2 3 3
A. —E B. E C. 5 D. ﬁ
Loi giai.
{d1:x+2y—7:0—>ﬁlz(1§2) o=(d1;d2) cosp = 1 —4 :§
do: 20 —4y+9=0— Ty =(1;,-2) VItd-yi+d 5
Chon dap z’m@ =

Cau 138. Cho duong thing di: z +2y —2 = 0 vi dy: © — y = 0. Tinh cosin ciia géc tao béi giita
hai duong thang da cho.

V10 V2 V3
L —_— B. —. C. —. D. v3.
10 3 3 V3
Loi giai.
d1l’+2y—2:0—>ﬁ1:(1;2) p=(d1;d2) |]_—2| 1
——> Ccosp = = :
dy:x—y=0— 1= (1;-1) vi+4-v1+1 V10
Chon dap an @ 0
~ N 2 N T = 2 + t - . 2 2 90
Cau 139. Cho duong thang dy: 10x + 5y — 1 = 0 va ds: L Tinh cosin ctiia géc tao boi
y=41-
gitta hai duong thing da cho.
A 210 B. c. Y10, D 2
10 5 10 10
Loi giai.
di: 10z +5y—1=0—1; =(2;1)
- o=(d1:d2) cos o — 2+ 1| 3
B 4T T T Lm =y i+1-VI+1 V10
y=1—1
Chon dap an @ O
, x =15+ 12t
Cau 140. Cho duong thang d;: 3z +4y+1 =0 va ds: . Tinh cosin ctia goc tao béi
y=1+5t
gitta hai duong thing da cho.
Al B -2 c. o D >
65 65 65 65
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Loi giai.
15 4 12¢ p=(d1;d2) cos |15 — 48| 33
2! — 1y = (5;—12) V9 +16.4/25+ 144 65
y=1+5t
Chon dép an (D) O
. r=2m—1+t
Cau 141. Cho duong thang d;: 22 +3y+m? —1 =0 va dy: . Tinh cosin ctia géc
y=m*—1+3t
tao bdi gitta hai dudng thing da cho.
3 3 1
L — B. —. C. —. D. ——.
V130 5v/5 V5 2
Loi giai.
dy: 20 +3y+m?>—1=0—n; =(2;3)
r=2m—1+1 —>¢:(d1;d2) Ccos Y = 16 - 3| = 5
o — Ty = (3;-1) V4+9-v9+1 V130
y=m*—1+3t
Chon dap an @ O
N r=2+at
Cau 142. Cho hai duong thang dy: 3z + 4y + 12 =0 va ds: . Tim cac gia tri cia tham
y=1-2t
s6 a dé dy va dy hgp v6i nhau mot géc bang 45°.
2 7
A.a:?hoaca:—lél. B.azihoaCA,B.
2
C. a =5 hodc a = —14. D.a:?hoaca:E).
Loi giai.
di:3z+4y+12=0— 11 = (3;4)
Ta c6 =24 at R — o = (dy;dy) = 45°
dQI — No = (2,&)
y=1-—-2t
1 cos45° = cosp = _ [6+4a] & 25(a®*+4) =8(4a* +12a+9) & Ta®> + 96a — 28 = 0 &
V2 YT VB V2
a=—14
2
a=—
7
Chon dap an @ O

Cau 143. Duong thang A di qua giao diém ctia hai duong théng d;: 224+y—3 =0vady: 2 —2y+1 =
0 dong thai tao v6i duong thang ds: y — 1 = 0 mot goc 45° ¢6 phuong trinh:

A Ax+(1—+2y=0hoic A:z—y—1=0.

B. A: 2+ 2y=0hoac A: x —4y = 0.

C.A:z—y=0hoic A:x+y—2=0.

D. A:2x4+1=0hoac A: y+5=0.
Lai giai.
{d1:2x+y—320 {le

& —diNdy=A(1;1) € A.

dy:x—2y+1=0 y=1

Tacodz:y—1=0—13=1(0;1), goi i a = (a;b),p = (A;d3).
1 || a=b—a=b=1—-A:z4+y—2=0

Khid6é — = cosp = & a?+b? = 20° & .
V2 Va2 +b2-/0+1 a=-b—a=1b=—-1—->A:2—y=0
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Chon dap an @ 0

Cau 144. Trong mat phang vé6i hé toa do Ozy, c6 bao nhicu dusng thang di qua diem A (2;0) va
tao v6i truc hoanh mot goc 45°7
A. C6 duy nhat. B. 2. C. Vb sb. D. Khong ton tai.
Loi giai.
Cho dudng thang d va mot diem A. Khi do.
(i) C6 duy nhat mot duong thing di qua A song song hodc tring hodc vuong goc véi d.
(i) C6 ding hai dudng thing di qua A va tao v6i d mot goc 0° < o < 90°.
Chon dap an O

Cau 145. Dudng thiang A tao v6i dudng thang d: = + 2y — 6 = 0 mot goc 45°. Tim heé s6 goc k clia
duong thang A.

1 1
A.k:§hoack::—3. B.k::§hoack::3.
1 1
C.k:—ghoack::—& D.k::—ghoack:&

Loi giai.
d:x+2y—6=0— 1y =(1;2), goi T{A:(a;b)—ﬂmz—%.

1 2
Ta c6 — = cos4bh® = ’&+ b‘

\/§ —m<:>5(a2+b2):2a2+8ab+8b2©3a2—8ab—362:()(:)

1 1
¢= 73Ty
a:36—>kA:—3
Chondépén@ O

Cau 146. Biét ring c6 dung hai gia tri ctia tham s6 k dé dudng thang d: y = kx tao véi dudng
thing A: y = x mot goc 60°. Tong hai gia tri clia k bing:
A. -8 B. —4. C. —1. D. —1.

Loi giai.

d:y=kx — 1q=(k;—1)
{A: y=x— 1= (1;-1)

|k + 1]
VT
R A,
Chon déap an OJ

Cau 147. Trong mit phang véi hé toa do Ozy, cho dudng thang A: ax + by + ¢ = 0 va hai diém

1
—>§:cos60°: N2 k241 =2k +4k+2 k2 +4k+1=0

sol:k=k1,k=ko
e

M (2p; Ym), N (Zn;yn) khong thuoc A. Chon khang dinh ding trong cac khang dinh sau:
A. M, N khac phia so véi A khi (az,, + by, + ¢) - (az,, + by, +¢) > 0.
B. M, N cung phia so v6i A khi (ax,, + by, + ¢) - (ax, + by, + ¢) > 0.
C. M, N khac phia so v6i A khi (az,, + by, + ¢) - (ax, + by, + ¢) <
D. M, N cung phia so v6i A khi (az,, + bym + ¢) - ( ) >
Lo gii.

0
ax, + by, +c) > 0.

Dua vao tinh chat
Chon dép an (D) O

Cau 148. Trong mit phang véi hé toa do Oxy, cho dudng thang d: 3z + 4y — 5 = 0 va hai diém

A(1;3), B(2;m). Tim tat ci cic gia tri clia tham s6 m dé A vi B nam cling phia dbi véi d.
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1

Lo giai.

A (1;3), B (2;m) ndm cung phia v6i d: 3x+4y—5 = 0 khi va chi khi (3z4 + 4ya — 5) (3zp + 4y — 5) >
0<10(1+4m) >0< m > 1

Chon dap an (B) O

Cau 149. Trong mat phang véi hé toa do Owxy, cho dudng thang d: 4z — 7y +m = 0 va hai diém
A(1;2), B(—3;4). Tim tat ca cac gia tri ctia tham s6 m dé d va doan thang AB c6 diém chung.

m > 40
A. 10 < m < 40. B. ) C. 10 < m < 40. D. m < 10.
m < 10

Lo gii.
Doan thang AB va d: 4x—Ty+m = 0 ¢6 diém chung khi va chi khi (424 — Tys +m) (4zp — Typ +m) <
0< (m—10)(m—40) <0< 10 < m < 40.

Chon dap an @ O
) R r=2+t R
Cau 150. Trong mat phang véi hé toa do Ozy, cho dusng thang d: va hai diem A (1;2),
y=1-3t
B (—2;m). Tim tat ca cac gia tri clia tham s6 m dé A va B nam ciing phia ddi véi d.
A . m > 13. B. m > 13. C. m<13. D. m=13.
Lai giai.
d: —: 3z+y—7 = 0. Khi d6 dieu kién bai toan tré thanh (3z4 +ya — 7) Bz +yp — 7) >
y=1-3t
0 —2(m—13) >0 m < 13.
Chon dap an (C) O
) . r=m++2t )
Cau 151. Trong mat phang v6i hé toa do Oxy, cho duong thang d: va hai diem
y=1—1
A(1;2), B(=3;4). Tim m dé d cat doan thangAB.
A.m <3 B. m=3. C.m> 3. D. Khong ton tai m.
Loi giai.
r=m+2t ) .
d: — d: x+2y—m—2 = 0. Doan thang AB cit d khi va chi khi (x4 + 2ya — m — 2) (x5 + 2yp —
y=1-—t
0 B3-—m)’<0em=S3.
Chon d4ap an O

Cau 152. Trong mit phang véi hé toa do Oxy, cho tam gidc ABC ¢6 A (1;3), B (—2;4) va C (—1;5).
Duong thang d: 2z — 3y + 6 = 0 cit canh nao clia tam giac da cho?
A. Canh AC. B. Canh AB. C. Canh BC. D. Khong canh nao.
Loi giai.
fA(L;3)=-1<0
bat f(z;y) =22 -3y +6 — ¢ f(B(-2;4))
F(C(=1;5) = —11<0
Chon dép an (D) O

—10 < 0 — dkhong cat canh nao ctia tam giac ABC.

Cau 153. Cap duong thang nao dudi day 1a phan gidc ctia cac géc hop bdi hai dusng thang A;: x+
2u—3=0va Ay:2x —y+3=0.
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A 3r+y=0vazxz—3y=0. B. 3xr+y=0vaxr+3y—6=0.
C.3r4+y=0va—x+3y—6=0. D 3z4+y+6=0vaz—3y—6=0.
Loi giai.

Diem M (x;y) thuoc dudng phan gidc ciia cac goc tao bdi Ay; Ay khi va chi khi d(M;A;) =
[ +2y =3 [2e—y+3] |3r+y=0
= = .
V5 V5 r—3y+6=0
Chon dap an @ O

Cau 154. Cap duong thing nao dudi day la phan giac clia cac géc hop béi duong thing A: x4y =0
va truc hoanh.

A. <1+\/§>m+y20;x—<1—\/§>y20. B. (1+\/§>x+y:();a:+(

C. <1+\/§)x—y:0;x+<1—\/§)y20. D.x+(1+\/§)y:();x+(
Loi giai.
Diém M (z;y) thuoc dudng phan gidc clia cic goc tao bdi A;Ox: y = 0 khi va chi khi d (M;A) =
d(M;0z) & vty Wl x+<1+\/§>y20.

V2 VT e (1 va) =0

Chon dép an (D) O

1—
1 —

Cau 155. Trong mit phing véi hé toa do Oxy, cho tam giac ABC c¢6 A (ZZ’ 3), B (1;2) va C' (—4;3).
Phuong trinh dusng phan giac trong ctia goc A la:

A dx+2y—13=0. B.4xr—-8y+17=0. C.4z—-2y—1=0. D. 4+ 8y —31=0.
Loi giai.

A<£;3> ,B(1;2) > AB: 40 —3y+2=0
. Suy ra cac duong phan giac goc A la:

A(£;3>,C(—4;3)—>A0:y—320

4z —3y+2| |y —3| - dr+2y—13=0— f(z;y) = 4o +2y — 13
5 1 4o — 8y +17=0
f(B(1;2)) ==5<0

%
F(C(—4;3))=—-23<0

suy ra duong phan giac trong goc A la 4o — 8y + 17 = 0.

Chon dap an O
Cau 156. Trong mat phang v6i hé toa do Ozy, cho tam gidc ABC c6 A(1;5), B(—4;—5) va
C'(4; —1). Phuong trinh dudng phan giac ngoai ciia géc A la:

A y+5=0. B.y—5=0. C.z+1=0. D.x—-1=0.
Loi giai.

A(L;5),B(—4;-5) > AB: 2z —y+3=0 Q0 —

(1:8), B ) Y . Suy ra cac duong phan giac goc A la: m:
A(1;5),C(4:—=1) = AC : 20 +y—T7=0 VB

20 4y — 17| [x—1=0—>f(x;y)=x—1 {f(B<—45—5)):_5<0 e i
—_— & — suy ra duong phan giac

V5 y—5=0 f(C(4-1))=3>0
trong goc Alay—5=0.
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Chon dép an (B) O

Cau 157. Trong mit phing v6i hé toa do Oxy, cho hai duong théng di: 3z — 4y — 3 = 0 v&
dy: 122 + 5y — 12 = 0. Phuong trinh dudng phan giac géc nhon tao béi hai duong thing d; va d,
la:

A 3x+1ly—3=0. B.1llz—3y—11=0. C.3r—1ly—3=0. D.llz+3y—11=0.
Loi giai.
Céc duong phan giac cua cac goc tao bdi dy: 3x — 4y — 3 = 0 va dy: 120 + 5y — 12 = 0 la:
|3z — 4y — 3| _ [12x + 5y — 12| - 3r+1ly—3=0

.Goi I =diNdy — 1(1;0);d: 3x+11y—3 =

5 13 1z —3y—11=0
s s o . ) |—30 —12 — 3|
0 — M (—10;3) € d, Goi H 1a hinh chiéu ctia M lén dy. Ta c6: IM = /130, MH = : =
MH 9
9,suyrasin MIH=——=— — MIH >52—2MIH > 90...... Suyrad: 3r+1ly—3=01a
y M 130 y Yy
duong phan giac goéc tu, suy ra duong phan giac géc nhon la 11x — 3y — 11 = 0.
Chon dap én O

Cau 158. Trong mat phing véi hé toa do Ozy, cho diem M (z¢;y,) va dudng thang A: az+by+c =
0. Khoang céch tit diém M dén A dugc tinh bing cong thiic:

|azo + byol azo + by
A. d(M,A) = 42 2%l B. d(M,A) = 220 2%
(M,8) = =3 W) =i
|axo + byy + | axy + byy + ¢
C. d(M.A) = . D.d(M,A)= o % e
(M, 4) JaZ+ 02 UL4) Va2 + b2
Lai gii.
Cong thic
Chon déap an @ OJ
Cau 159. Khoang cach tit diem M (—1;1) dén dudng thang A: 3z — 4y — 3 = 0 bang:
2 4 4
A - B. 2. C. - D. —.
) ) 25
Loi giai.
|—3 —4 — 3|
d(M;A) = 22—
( ) V9 + 16
Chon dap an O

Cau 160. Khoang céach tit giao diém ctia hai dudng théng z —3y+4 =0va 2z +3y — 1 = 0 dén
duong thang A: 3z +y + 4 = 0 bing:

A. 2V/10. B. @ C. @ D. 2.
Lai giai.
2 —3y+4=0 z=—1 34144 2
Y & —>A(—1;1)—>d(A;A):| SElt |: :
2 +3y—1=0 y=1 V9 +1 V10
Chondépén@ [l

Cau 161. Trong mit phang véi hé toa do Oxy, cho tam giac ABC c¢6 A (1;2), B (0;3) va C (4;0).

Chiéu cao ciia tam giac ké tit dinh A bang

1 1 3
A - B. 3. C. —. D. 2.
5 25 5
Loi giai.
Phuong trinh dudng thing BC 1a % + % — 1o 344y —12=0.
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Khi d6 3es 12 1
+ —
ha=d(A;BO)=""27 21 _ 2
a=d( ) V9+16 5
Chon dap an @ O

Cau 162. Trong mit phang v6i hé toa do Owzy, cho tam giac ABC c¢6 A (3;—4),B (1;5) va C (3;1).
Tinh dién tich tam giac ABC'.

A. 10. B. 5. C. v/26. D. 2v/5.
Loi giai.
A(3;—4
A(3;—4) 3-4) BC =25
Ta ¢6 — { BC =2v5 -
B(1;5),C(3;1) ha=d(A; BC) = /5.

BC:2z+y—T7=0
Suy ra Sapc = %2\/5\/5 =>5.
Chon dap an O
Cau 163. Khoang cach tit diem M (0;3) dén dudng thang A: rcosa + ysina + 3 (2 —sina) = 0

bang
A. /6. B. 6. C. 3sina. . ;
Ccos & + sin «
Laoi giai.

Ap dung cong thic ta 6

3 si 3(2 — si
aou) - BmardBsmal
COs“ o + s1n” «

Chon déap an O
. . ) r=1+4+3t _
Cau 164. Khoang cach tit diem M (2;0) dén duong thang A: bang
y=2-+4t
2 1
A. 2. B. -, c. . Y2
5 V5 2
Loi giai.
r=1+3t , f
Tu A: suy ra phuong trinh tong quat cia A: 4x — 3y + 2 = 0.
y=2+4t
Khi d6 Q04D
d(M;A) = B+0+2]
V16 4+ 9
Chon dap an @ O

Cau 165. Khoang cach nhdé nhat tit diém M (15;1) dén mot diém bat ki thuoc duong thang

r=2+3t
A bang

y=1t
A. V10 B b C 16 D. V5
Loi giai.

r=2+3t )

Ta c6 A: suy ra phuong trinh tong quat A: x — 3y — 2 = 0.
y=t

Goi N € A thi

15— 3 — 2|
MNpiw =d (M;A) = 2221 — /10,
(M3 4) VI+9
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Chon dap an @ O

Cau 166. Tim tat ca cac gia tri ctia tham s6 m dé khoang cach tit diém A (—1;2) dén duong thang
A:mz +y—m+4 =0 bing 2v/5.
m = —2

A . m=2. B. . 1 C.m:—%. D. Khong ton tai m.
2
Loi giai.
Ta c6
d(4;A) =2v5
-m+2—-—m+44
| +mz—l—l+ |:2\/5
e |Im=3=v5-vVm?2+1
s 4mP+6m—4=0
m = —2
= 1
m=g.
Chon dép an (B) O

Cau 167. Tim téat ca cac gia tri clia tham s6 m dé khoang cach tit giao diém ctia hai duong thang

r=1
dy: { va dy: x — 2y +m = 0 dén goc toa do bang 2.

y=2-—t
A. : B. C. . D. .
m =2 m=—2 m =2 m= —2
Loi giai.

r=t )
Tu dy: { suy ra phuong trinh tong quat cuia dy: x +y —2 = 0.
y=2-1

Goi M la giao diém ctia d; va ds thi toa do M la nghiém ctia hé

r+y—2=0 r=4—-m
& =MMA—-m;m-—2).
r—=2y+m=0 y=m—2

Khid6: OM =2< (4—m)’+(m—-2°=4om?>—6m+8=0<c
m=4

Chon dap an @ 0
Cau 168. Dudng tron (C) c¢6 tam la gbe toa do O (0;0) va tiép xic véi duong thang A: 8z + 6y +
100 = 0. Ban kinh R ctia duong tron (C') bang

A. R=4. B. R=6. C. R=28. D. R =10.
Loi giai.
. [100|
Taco R=d(0;A) = —— = 10.
( ) /64 + 36
Chon dap an @ OJ

Cau 169. Duong tron (C) c¢6 tam I (—2;—2) va tiép xtc véi dudng thang A: 5z + 12y — 10 = 0.
Bén kinh R ctia dudng tron (C') bang
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44 24 7
A .R=—. B. R=—. . R=44. D. R=—.
R 13 k 13 C R R 13
Loi giai.
—-10-24 -1 44
TacéR:d([;A):| 0 of_4u

V25 + 144 13
Chon dap an @ ([l
. 2 2 .
Cau 170. V6i gia tri nao cia m thi duong thang A: %x — \/T_y -+ m = 0 tiép xtc véi dudng tron
(C): 2?2 +y? =17
2

A m=1. B. m=0. C. m=+2. D.m:\/T_.

Loi giai.

Goi I va R lan lugt 1a tam va ban kinh ctia dudng tron (C).
Khi d6 1 = 0 (0;0) va R = 1.
Ta c6 (A) tiép xtc duong tron (C') khi va chi khi d (I;A) = R & Im| =1 m=+l1.

V1
Chon dap an @ 0
Cau 171. Cho dudng thang d: 21z — 11y — 10 = 0. Trong cac diem M (21; —3), N (0;4), P (—19;5)
va Q (1;5) diém nao gan duong thing d nhat?

A. M. B. N. C. P. D. Q.
Loi giai.
bat f (z;y) = |21z — 11y — 10|
Khi do6
(F(M) = 464
F(N) = 54
F(P) = 464
L f(Q) = 44.
Chon dap an @ O

Cau 172. Cho dudng thang d: 7z + 10y — 15 = 0. Trong cac diém M (1;-3), N (0;4), P (—19;5)
va Q (1;5) diém nao cach xa duong thang d nhat?

A. M. B. N. C. P. D. Q.
Loi giai.
Dat f (x;y) = [Tz + 10y — 15|
Khi do
(f(M) =38
) f(N)=25
f(P)=98
| f(Q) = 42.
Chon dap an @ O

Cau 173. Trong mit phang véi hé toa do Oxy, cho hai diém A (2;3) va B (1;4). Duong thang nao
sau day cach déu hai diem A va B?

Alz—y+2=0. B. x+2y=0. C.2r—2y+10=0. D.z—y+100=0.
Lo gii.
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1 1
— Xét Atx—y+2=0.Tac6d(A;A) = —=vad(B;A) = —= nén x — y + 2 = 0 thoa man.
y ( )8¢§ ( )9v§ Y
— Xét A x+2y=0. Taco d(A;A) = — va d(B;A) = — nén = + 2y = 0 khong thoéa man.
y (4;4) 7 ; ) 7 2 y g
— Xét A:2x —2y+10=0. Ta c6 d(A;A) = — va d(B; A) = — nén 2z — 2y + 10 = 0 khon
y (4;A) 7 (B;A) 7 Y g
théa man. 9 o7
— Xét A:x—y+100 =0. Ta c6 d(A;A) = — va d(B;A) = — nén x — y + 100 = 0 khon
y (4;A) 7 (B;A) 7 y g
thoa man.
Chondépén@ O

Cau 174. Trong mat phang vé6i hé toa do Ozy, cho ba diem A (0;1), B (12;5) va C (—3;0) . Duong
thang nao sau day cach déu ba diém A, B va C.

A z—-3y+4=0. B. —2+y+10=0. C.z+y=0. D.5z2-y+1=0.
Lo gidi.
Ta ¢6 AB = (12;4) va AC = (—3;—1) ro rang AB = —4AC nén A,B,C la ba diém thang hang.

Do d6 ta chi can kiém tra d(4; A) = d(B; A).
1 1

— Xét A:x—3y+4=0.Tacod(A;A) = — vad(B;A) = —— nén z — 3y + 4 = 0 thoa man.
y (4;4) Vﬂ11 (B;A) V@% y
— Xét A: —x+y+10=0. Taco d(A;A) = — vad(B;A) = — nén —x + y + 10 = 0 khon
y (4;4) 7 (B;A) 7 Y g
thoa man. . 17
— Xét At x4+y=0. Tacé d(A;A) = —= vad(B;A) = —= nén x + y = 0 khong thoa man.
y (4;4) 7 (B:A) V§56 y g
— Xét A:br—y+1=0. Taco d(A;A) =0 va d(B; A) = — nén 5z — y + 1 = 0 khong thoa
V26
man.
Chondépén@ O

Cau 175. Trong mit phang véi hé toa do Owzy, cho hai diém A (1;1),B (—2;4) va dudng thing

A:mx —y+3=0. Tim tat cd cac gia tri cia tham s6 m dé A cach déu hai diém A, B.

m =1 m=—1 m=—1 m = 2
B. C. . D.
Loi giai.
) -15 N
Goi I 1a trung diem doan AB thi [ (7, 5) va VIPT cia AB la = (1;1).
Khi d6: A: mz —y+3=0(1a = (m;—1)) cach déu A, B khi va chi khi
LeA Y30 [m=1
m -1 22 =
Chon dép an (C) O
Cau 176. Khoang cach giita hai dudng thang song song A;: 62 —8y+3=0va Ay: 3z —4y—6=10
bang
1 3 5)
A —. B. -. C. 2. D. -.
2 2 2
Lo giai.
Lay A(2;0) € Ay do A || Ay nén
1243 3
d(A; ) =d(A;A) = = —.
( 1, 2) ( ) 1) \/m 2
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Chon dap an (B) O
) r=—-2+t
Cau 177. Tinh khoadng cach giita hai duong thang d: 7z +y — 3 =0 va A: { .
y=2-7Tt
A Y2 B. 15 C. 9. D
2 V50
Loi giai.

r = _2 +t 2 = A

T A: { ta ¢6 phuong trinh tong quat A: 7x 4+ y + 12 = 0. Dé thay d || A.
y=2-7Tt

Lay A(—2;2) € A thi

1442
A(d:A) = d(Ad) = 1212 F2=380 3

V50 V2
Chon dap an (A) O
Cau 178. Khoang céch gitta hai dudng théng song song dy: 62 — 8y — 101 = 0 va dy: 3z — 4y = 0
bang
A. 10,1. B. 1,01. C. 101. D. v101.
Laoi giai.

6 _
Ta co g = _—4 nén d1 || dQ.

Lay A (4;3) € dy khi d6

24 —24-101] 101 01
V100 10 o

Chon dap an @ O

d (dy;dy) = d(A; dy)

Cau 179. Trong mit phang v6i hé toa do Owzy, cho hai diém A (1;1), B (4;—3) va duong thang
d: x—2y—1=0. Tim diém M thudc d c6 toa do nguyen va théa man khodng cach tit M dén dudng
thang AB bing 6.

27
A. M (3;7). B. M (7;3). C. M (—43;-27). D. M <3; _ﬁ>
Loi gidi.
Taco M ed:x—2y—1=0=M2m+1;m),m € Z.
5 -1 -1
Phuong trinh dudng thing AB 1a *—— = ¥ - eda 3y -T=0.

Ta co

6= d(M:AB) © o [8mt4a+3m -7

)
& |1lm—3| = 30
m=3
= 27
=—().
m =17 ()
Khi d6 M (7;3).
Chon dap an O
R ) ) r=242t
Cau 180. Trong mét phang véi hé toa do Ozy, cho diem A (0;1) va dudng thang d: :
y=3+t

Tim diém M thudc d va cach A mot khoang bang 5, biét M c¢6 hoanh do am.
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M (—4;4) o4 9
A. M (4;4). B. M( 24 2). C. M <_€;_S)' D. M (—4;4).
5 5

Loi giai.
ViMednén M (2+2t;34+1t) v6i2+2t <0<t < —1. Khi do

5=AM < (2t+2)°+(t+2)° =25
& 52 4+12t—17=0

t=1(L)
g L _H
==
24 2
Khi do M <——; ——> .
ido =i TE
Chon dép &n (C) O

Cau 181. Biét ring c6 ding hai diém thuoc truc hoanh va cach duong thing A: 2z —y+5 =0

mot khoang bing 21/5. Tich hoanh do ciia hai diém d6 bing
75 25 225

A. —Z B. —Z C. —T D. Dap so khac.

Loi giai.
Goi M (z;0) € Ox thi hoanh do ctia hai diém dé la nghiém cta phuong trinh

2
Q(M:A) =25 o o5

NG
5)
r= = =1T
2
< 15
r=——=2x
9 2
75

Chon dap an @ OJ

Cau 182. Trong mat phang véi hé toa do Ozy, cho hai diéem A (3;—1) va B (0;3). Tim diém M
thuoc truc hoanh sao cho khoang cach tit M dén duong thing AB bang 1.

14 14
7 . 7 .
i) G (e )
A. 2/, B. A . C. 2/, D. A .
Loi giai.

Phuong trinh dudng thang AB 1a 4z + 3y — 9 = 0.
Gia st M (z;0) € Oz. Khi d6

|4z — 9 T
= s

1=d(M;AB) &1 3

r=1— M(1;0).
Chon dap én (A) O

Cau 183. Trong mat phang véi he toa do Ozy, cho hai diéem A (3;0) va B (0; —4). Tim diém M
thuoc truc tung sao cho dién tich tam giac M AB bang 6.
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M (0;0) M (0;0)
A. . B. M (0;-8). C. M (6;0). D. .
M (0; —8) M (0;6)

Loi giai.

Ta c6 phuong trinh duong thing AB 1a 4r — 3y — 12 =0 vi AB = 5.
Goi M (0;y) € Oy. Khi d6

3 12
hy =d(M;AB) = %
Mat khac
1 1 13y + 12| |3y + 12|
— ChyAB==.5. _
SaraB 5t 5 5 5 5

12 =0—M(0;0
Theo bai ra Sayrag = 6 nén MzG@ [y (0;0)

2 y=—8— M(0;-8).
Chon déap an @ OJ
Cau 184. Trong mit phang véi hé toa do Oxy, cho hai dudng thang A;: 3z — 2y — 6 = 0 v&
Ay: 3z — 2y + 3 = 0. Tim diém M thuoc truc hoanh sao cho M cach déu hai duong thing da

cho.
A M(O-l) B M(l'o) C M( 1-0) D M(ﬁ-o)
. 5)- . 5:0). . 5:0). . 0).
L&i gii.

Goi M (x;0) khi d6

QM AL = d (M: Ay) |32 — 6] |32 + 3|

V13 V13
1

Do d6 M <%, 0).
Chon dap an O
Cau 185. Trong mat phang véi hé toa do Ozy, cho hai diem A (—2;2), B (4; —6) va dudng thang

T =1
d: . Tim diém M thuoc d sao cho M céch déu hai diém A,B.
y=1+2¢
A. M (3;7). B. M (-3;-5). C. M (2;5). D. M (-2;-3).
Loi giai.

Do M € dnén M (t;1+2t). Ma M A = MB nén ta co

(t+2°+ (2t -1 =t —4)°+(2t+7)° & 20t+60=0

& t=-3.

Khi d6 M (—3; —5).
Chon dap an O
Cau 186. Trong mat phang véi hé toa do Ozy, cho hai diem A (—1;2), B (—3;2) va dudng thang
d: 2z —y+3 = 0. Tim diém C thuoc d sao cho tam giac ABC can tai C.
3
A C(-2;-1). B. C<—§;0>. C. C(—11). D. C(0;3).

L&i giai.
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Vi C € d nén goi C (m;2m + 3).
Tam gidc ABC can tai C' thi CA = CB nén

(m+1724+@2m+1)°=m+3°+2m+1)° < 4m+8=0

S m=-—2.

Do d6 M (—2;—1).
Chon dap an @ O

Cau 187. Trong mat phing véi he toa do Owxy, cho hai diém A(1;2), B (0;3) va dudng thang
d: y = 2. Tim diém C thuoc d sao cho tam giac ABC can tai B.
C(1;2)
A. C(1;2). B. C(4;2). C. : D. C(-1;2).
C(—1;2)
Loi giai.
Ta c6 C' € d nén goi C (¢;2) va AB = 2.
Dé tam gidc ABC can tai B thi BA=BCnén2=c¢>+1< ¢ ==+1.
Do do6 C (1;2) hoic C (—1;2).
Chon dép &n (C) O

Cau 188. Duong thang A song song véi duong thing d: 3z — 4y + 1 = 0 va cach d mot khoang
bang 1 c6 phuong trinh

A 3z —4y+6 =0 hoac 3z —4y —4 = 0. B. 3z —4y — 6 =0 hoac 3z — 4y +4 = 0.
C.3x—4y+6 =0 hodc 3z —4y +4 = 0. D. 3z —4y — 6 =0 hoac 3z — 4y —4 = 0.
Loi giai.
Do A || d nén A ¢6 dang 3z — 4y + ¢ = 0.
) -1 c=—4
Lay M (1;1) € d. Khidélzd(d;A):d(M;A)@lz‘CT|<:>
c = 0.
Chondépén@ OJ

Cau 189. Tap hop cac diém cach duong thang A: 3z — 4y + 2 = 0 mot khoang bang 2 14 hai duong
thang c6 phuong trinh nao sau day?

A 3r —4y+ 8 =0 hodc 3z — 4y + 12 = 0. B. 3z — 4y — 8 = 0 hoac 3x — 4y + 12 = 0.
C. 3z —4y — 8 =0 hoac 3z — 4y — 12 = 0. D. 3z — 4y + 8 =0 hoac 3z — 4y — 12 = 0.
Loi giai.
Gid sit M(z: ) khi d6 d (M: A) =9 o B2 =2 +20 _y |5r =y +12=0
5 3z — 4y — 8 =0.
Chondépén O

Cau 190. Trong mat phang vdi hé toa do Ozy, cho hai duong théng di: 5z + 3y — 3 = 0 v&
dy: 5z + 3y + 7 = 0 song song nhau. Dudng thing vita song song va cach déu vé6i d;, dy 1a
A 5x+3y—2=0. B. 5z+3y+4=0. C.ox+3y+2=0. D.5z+3y—4=0.
Loi giai.
Goi duong thang can tim 1a A. Gid st M (x;y) € A thi
52+ 3y — 3| [5x4+ 3y + 7|
NeZEVET

& dr+3y+2=0.

d(M;dy) = d(M;dy)

Chon dap an @ O
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Cau 191. Trong mat phang Ozy, dudng thang d: ax +by+c = 0, (a® + b* # 0). Véc-td nao sau day
la mot véc-to phap tuyén ciia dudng thing d?

A. 7 = (a;-D). B. 7 = (b;a). C. 7 = (b;—a). D. 7 = (a;b).
Loi giai.
Ta c6 mot véc-td phap tuyén clia dudng thang d 1a 7 = (a;b).
Chon dap an @ 0
Cau 192. Khoang cach tit diem M (3; —4) dén dudng thiang A: 3z — 4y — 1 = 0 bing
A. § B. 2—4 C. 5. D. z
) ) )
Loi giai.
3:-3—4-(—4) -1 24
Tacéd(M,A):‘ ) |:—.
32+ (—4)2 5
Chon dap an O

Cau 193. Trong mit phang toa do Oxy, cho hai diém A (3; —1), B(0;3). Tim toa do diem M thuoc
Oz sao cho dién tich AM AB bang 2.

) 13 5
A. (2;0) va (1;0). B. (2;0) va (Z;0>. C. (4,0) va (2;0). D. <Z;O> va <Z;O).
Loi giai.
Ta c6 M € Ox = M(x;0). Ta c6 AB = (—3,4) suy ra (AB): 4o+ 3y — 9 = 0.

Yéu cau bai toan dién tich tam giac bang 2 khi d6

1 4
(M, AB) - AB =2 & d(M.AB) = -
4z —9| 4

: g<:>\4x—9\:4
4z —9 =4 x_§:‘M<%O>
“ 4x—9:—4® 5 5
x:ZjM(Z;()).
Chon dap én (D) O

Cau 194. Trong mat phang toa do Owxy, cho tam giac ABC biét A(2;0), B(0;4),C(1;3). Phuong
trinh tong quat ctia duong cao AH 1a

Alz—y—4=0. B xr—y—3=0. C.rx—y—2=0. D x—2y—2=0.
Lai giai.
Duong cao AH qua A nhan BC = (1; —1) lam véc-to phap tuyén.
Phuong trinh AH: x —y —2=0.
Chon dap an @ O

Cau 195. Trong mat phang Oxy, dudng thang d: ax + by +c = 0, (a> +b% # 0). Véc-to nao sau day
1a mot véc-to phap tuyén ciia dudng thing d?

A. 7 = (a;-b). B. 7 = (b;a). C. 7 = (b;—a). D. 7 = (a;b).
Loi giéi.
Ta c¢6 mot véc-to phap tuyén clia dudng thang d 1a 7 = (a;b).
Chon dap an @ 0
. ) =442t
Cau 196. Xét vi tri tuong doi gitta hai duong thang d: {y - va A: bxr —2y — 8 =0.
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A. Trung nhau. B. Cit nhau nhung khong vuong géc véi nhau.
C. Vuong goc véi nhau. D. Song song v6i nhau.
Loi giai.

Ug=(2,-5 .
Ta c6 { g (( ) ) = d va A cat nhau nhung khong vudng goc v6i nhau.
T[A = 2; 5)

Chon dap an (B) O

Cau 197. Trén mat phang toa do Oxy, cho tam giac ABC ¢6 A(1;2), B(3;1), C(5;4). Phuong trinh
nao sau day la phuong trinh duong cao ké tit B cua tam giac ABC?

A z—2y—7=0. B 2z+y—-5=0. C.2r+y—7=0. D 2z —y—-7=0.
Loi giai.
— AC = (4;2).

— Duong cao A ctia tam gidc ABC' vudng goc véi AC' nén
A4z —=3)+2y—-1)=0=>A:2x+y—T7=0.

Chon dap an @ O

Cau 198. Trong mit phang véi he toa do Ozy, cho dudng thing d: x — 2y + 1 = 0. Mot véc-to chi
phuong ctia duong thang d 1a

A U7 =(2;,-1). B. U =(2;1). C. 7= (1;-2). D. 7 = (1;2).
Loi giai.
Duong thang d c6 véc-to phap tuyén 7 = (1; —2) nén c6 mot véc-to chi phuong 1a v = (2;1).
Chon dap an O

Cau 199. Trong mit phang toa do Ozy, cho hai diém M (6;3), N(—3;6). Goi P(x;y) la diém trén
truc tung sao cho ba diém M, N, P thang hang. Khi d6 = + y c6 gia tri la

A 5. B. —5. C. —1. D. 15.
Loi giai.
1

X 6a+b=3 a=—=

M va N thudc duong thang c6 phuong trinh y = ax + b nén ta co & 3
—3a+b=6 b=5.
2 1 - ?

Duong thang MN: y = —3% + 5 cat truc Oy tai diem P (0;5). Do d6 x 4+ y = 5.
Chon dap an @ 0

Cau 200. Cho tam giac ABC. Tim toa do cac dinh ctia tam giac biét phuong trinh canh BC': z +
y — 2 = 0; hai dudng cao BB": x —3=0va CC": 20 — 3y + 6 = 0.

A. A(1;-2), B(3;-1), C(0;2). B. A(2;1), B(3;—1), C(0;2).
C. A(1;2), B(0;2), C(3;—-1). D. A(1;2), B(3;—-1), C(0;2).
Loi giai.
\ r—3=0 r=3
Ta c6 B = BC N BB’ nén toa do B la nghiém cua hé & = B(3;—1).
r+y—2=0 y=—1
r+y—2=0 x=0
Ta c6 C = BC' N CC’ nén toa do C' 1a nghiém cua he & = (C(0;2).
20 —-3y+6=0 y=2

AB qua B va vuong véi CC” ¢6 phuong trinh: 3z + 2y — 7 = 0.
AC qua C va vuong v6i BB’ ¢6 phuong trinh: y = 2.
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= A(1;2).

3r+2y—7=0 r=1
Do A= AB N AC nén toa do A la nghiém cuia he &

—9 —9
Chon dép an (D) O
Cau 201. Trong mit phang toa do Oxy cho A: z —y + 1 = 0 va hai diém A(2;1), B(9;6). Diém
M (a;b) nam trén duong A sao cho M A + M B nho6 nhat. Tinh a + b.

A. —9. B. 7. C. -7 D. 9.
Loi giai.

A/

Nhan xét: A, B ndm cung mot phia déi v6i dudng thang A.
Goi A’ 1a diém d6i xiing voi A qua A = A’(0; 3).

Ta c6: MA+ MB = MA'+ MB > A'B = 3/10.

Do dé: (M A + M B)yim = 3v/10.

Diang thiic xay ra khi va chi khi

MecA a—b=-1 a=3
) = &
A', M, B thang hang 3a—9b=-27 b=4.
Vaya+b=T.

Cach khac: Doty =2—-1+1=2>0,t3=9—-6+1=4>0nén A, B cing nam vé mot phia
véi A.

Phuong trinh duong thing d qua A vuong goc véi A la

l(x—2)+1(y—1)=0hayz+y—3=0.

Goi H la giao diém ciia d va A nén toa do H la nghiém ctia hé
r—y+1=0 r=1
& = H(1;2).
r+y—3=0 y =2

Goi A’ 1a diém ddi xiing ctia A qua A suy ra H 1 trung diem AA’ nén A'(0; 3).

Ta c6 MA+ MB = MA' + MB nén do dai MA + MB ngan nhat khi A’, M, B thang hang hay
A'B cat A tai M.

Taco AB = (9;3) =3 - (3;1).

Phuong trinh dusng thang A’B di qua A’ ¢6 véc-to phap tuyén 7 = (1; —3) 1a

l(x—0)—3y—3)=0<2—-3y+9=0.

Toa do M la nghiém ctia hé

r—y+1=0 =3
& = M (3;4).
r—=3y+9=0 y=+4
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Suyraa=3,b=4néna+b="7.
Chon dép an (B) O

Cau 202. Hay cho biét ménh dé nao sau day la sai? Hai dudng théng vuong géc véi nhau néu
A. gbc gitta hai véc-to chi phuong ctia ching la 90°.
B. géc giita hai duong thang do 1a 90°.
C. tich v6 hudéng gitta hai véc-to chi phuong ctia chiing bang 0.
D. goc gitta hai véc-to chi phuong ctia chung la 0°.

Loi giai.

Néu géc gitta hai véc-to chi phuong ciia hai duong thang 1a 0° thi ching song song hodc triing nhau.

Chon dap an @ OJ

Cau 203. Cho hai diém M(2;3) va N(—2;5). Duong thang M N c6 mot véc-to chi phuong 1a
AT = (42). B. 7 =(-2;,-4). C. U= (-4;-2). D. @ = (4;-2).

Loi giai.

Ta c6 NM = (4; —2) = duong thang M N c6 mot vée-to chi phuong 1a @ = (4; —2).

Chon dap an @ O

Cau 204. Dudng thang di qua diéem M (1;2) va song song v6i dudng thing d: 4o +2y +1 =0 c6
phuong trinh tong quat 1a
A 2x+y—4=0. B.2x+y+4=0. C.xz—2y+3=0. D. 42 +2y+3=0.
Lo giai.
Goi d’ 1a dudng thang can tim.
Dod ||dnénd: 4z +2y+c=0 (c#1).
Mit khac duong thang d’ di qua diém M (1;2) nén 4 +4 +c =0 < ¢ = —8 (nhan).
Vay d':4r+2y—8=0hayd:2x+y—4=0.
Chon dap an @ O

Cau 205. Cho hai dudng thing song song dy: 5z — Ty +4 = 0 vi do: 52 — Ty + 6 = 0. Phuong trinh
dudng thing song song va cach déu d; va dy 1a

A Sz—-Ty+4=0. B.b5x—-Ty+5=0. C.5x—Ty—3=0. D.bx—-Ty+2=0.
Loi giai.

. 4 6 . ) 5
dy va dy cat truc tung tai A <O; ?> va B <0; ?), dé thay trung diém cta AB la M <0; ?) Duong

thing song song va cach déu d; va dy 1a dudong thing song song véi dy va dy dong thoi di qua M.
Suy ra duong thing can tim I3

e — Ty +5=0.

Chon déap an OJ

Cau 206. Trong mat phang toa do Ozy cho A: z —y + 1 = 0 va hai diem A(2;1), B(9;6). Diéem
M(a;b) nam trén A sao cho M A + M B nhé nhat. Tinh a + b.
A a+b=-9. B.a+b=09. Ca+b=-T. D.a+b=T.
Lo gidi.
Vi(2—1+1)-(9—6+1)>0neén hai diém A, B nim cuing phfa so véi duong thang A.
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B
A
A
HVI M
A/

Goi A’ 1a diém déi xting véi A qua A, H, I lan lugt 1a giao diém ctia AA’, BA' v6i A.
Taco MA+ MB =MA"+ MB > A'B.
DAu bang xay ra khi va chi khi M trung 1.
Phuong trinh duong thing AA’ di qua A va vuong goc véi A la z +y — 3 =0.
) r+y—3=0 r=1
Toa do diem H la nghiém cta hé phuong trinh { & { hay H(1;2).
r—y+1=0 y=2
Vi H la trung diém AA’ nén toa do diém A’ 1a A'(0;3).
Phuong trinh dudng thang A'B di qua A’(0;3) va B(9;6) la z — 3y + 9 = 0.

) r—3y+9=0 r=3

Toa do diem [ 1a nghiém ctia hé phuong trinh & hay 1(3;4).
r—y+1=0 y=4
Vaya=3,b=4néna+b="7.
Chon dép an (D) O
Cau 207. Khoang cach tit I(1; —2) dén dudng thing A: 3z — 4y — 26 = 0 bing
A. 3. B. 12. C. 5. ) g
Lo gidi.
Ta c6 khoang cach tit I dén duong thing A la
3xy — 4y — 26 3-1—4-(—2)—26
32 1 (—4)2 5

Chon dap an @ 0

Cau 208. Trong mit phang v6i he toa do Ozy, cho tam giac ABC c6 dinh B(—12;1), duong phan
giac trong goéc A c6 phuong trinh d: x +2y —5=0. G (%, §> la trong tam tam gidac ABC'. Duong
thang BC qua diém nao sau day?

A. (1;0). B. (2;-3). C. (4;,—-4). D. (4;3).
Loi giai.
Goi M la trung diém ctia AC.
Ta c6 BG = (ﬂ —1);

37 3
3 37 37
L 3, |mrlZ=ge=g
Ym =5 =73
13 1
u(23)
2°2
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Goi B’ d6i xting B qua d = B’ € AC.
BB 1 dva BB qua B= BB':2x —y+25=0.
Goi N la giao diem ctia BB’ va d. Suy ra N(—9;7) = B'(—6;13).

. 13 1
Duong thang AC' qua B'(—6;13), M (?, 5) nén c6 phuong trinh AC: z+y—7=0.

Ta lai c¢6 A la giao diém ctia AC va d nén A(9; —2).
M 1a trung diém AC nén C(4;3).

Khi d6 phuong trinh BC': x — 8y + 20 = 0.

Vay dudng thang BC di qua diém c6 toa do (4;3).

Chon dap an @ OJ
Cau 209. Véc-tc nao dudi day 1a mot vée-to chi phuong ciia dusng thang song song véi truc Ox.

A. T = (1;0). B. v =(1;-1). C. 7 =(1;1). D. 7 = (0;1).
Loi giai.

@.l

Truc Oz nhan véc-to don vi 7 = (1;0) lam véc-to chi phuong nén dudng thang song song véi truc
Oz ciing nhan véc-to T = 7= (1;0) lam véc-to chi phuong.

Chon dap an @ O

Cau 210. Trén hé truc toa do Ozy. Cho hinh vuong ABCD. Diem M thuoc canh CD sao cho
MC = QW, N(0;2019) 1 trung diém ctia BC, K 1a giao diém ctia hai duong thang AM va BD.
Biét duong thang AM c6 phuong trinh 2 — 10y + 2018 = 0. Khoang cach tit gbc toa do O dén dudng
thang NK bing

201 20194101
A. 2019. B. 2019v/101. C. E D. u
11 101
Lai giai.
Gia st ABCD la hinh vuéng canh a. A B
. 1 3

Hai tam giac KM D, KAB dong dang va M D = §AB nén AK = Z_LAM
va KB = Z§LBD' N
Ta co K

2 D C
AM:Ma?Jr%:a\gl_O;»AK:a‘im M

2
BD:a\/§:>KB:3a;/_.
a
KA+ KB?— AB? 1 — NB 3 1
AKD = —  vACcosANB = -2 — -
COS 2KAKB \/gvacos AN a[\/g \/5

2
Suyra AKB = ANB = AKN B la tit giac noi tiép duong tron, suy ra AKN = 90° (do ABN = 90°).
Suy ra duong thing KN L AM, suy ra phuong trinh duong thing KN : 10z +y — 2019 = 0.
— 2019 20194/101
Do d6, d(O, KN) = | | =

V102 + 1 101
Chon dép an (D) O
Cau 211. Véc-to nao sau day la mot véc-to chi phuong ciia dudng thing A: 6z — 2y + 3 = 07?
A d(1;3). B. (6;2). C. 7(-1;3). D. 7(3;-1).
Lai giai.

Mot vécto phap tuyén clia duong thang A 1a 7 (6; —2) nén véc-to chi phuong ctia duong thang A 1a
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7(1;3).
Chon dap an @ O
Cau 212. Tinh géc giita hai dudng thing A: z — 3y +2=0va A’: z +3y — 1 = 0.
A. 90°. B. 120°. C. 60°. D. 30°.
Loi giai.

A c6 véc-to phap tuyén 1a ny = (1; —\/g); A’ ¢6 véc-to phap tuyén 1a ny = (1; \/3)
Khi do:

P S0 I L ') R I S
A I R T s (va) s (V) VAVE 2
Suy ra (A, A") = 60°.
Chondépén@ 0

Cau 213. Trong hé truc toa do Ozxy, cho tam gidc ABC c¢6 A(2;3), B(1;0), C(1;2). Phuong trinh
duong trung tuyén ké tir dinh A cia tam giac ABC 13
A 2x—y—1=0. B. x—-2y4+4=0. C.x+2y—8=0. D . 2z24+y—-7=0.
Loi giai.
Goi M la trung diém ctia BC, suy ra M(1;1).
Trung tuyén AM di qua diem A va nhan AM = (—1;—2) lam VTCP nén c¢6 phuong trinh la
r—2 y—3

1 9 vy

Chon dap an (A) O

Cau 214. Cho dudng thang (d): x — 7y + 15 = 0. Ménh dé nao sau day ding?

) 1 ) 1
A. (d) c6 he sb goc k = = B. (d) di qua hai diem M (—g; 2) va N (5;0).
C. % = (—=7;1) 1a véc-to chi phuong ctia d. D. (d) di qua goc toa do.
Lo giai.
) 1 15 PR 1
Ta ¢6 (d): x—7y+15:O<:>y:§a:+7 néen (d) cohesogock:?.
Chon dap an @ O

Cau 215. Trong mit phang toa do Ozy, cho AABC c¢6 A(2;1), duong cao BH c6 phuong trinh
x — 3y — 7 =0 va trung tuyén CM c6 phuong trinh x +y + 1 = 0. Tim toa do dinh C.
A. C(-1;0). B. C(4;-5). C. C(1;-2). D. C(1;4).
Loi giai.
AC 1a duong thing qua A vuong géc véi BH nén c6 phuong trinh 3z +y — 7 = 0. Do d6 toa do C

r+y="7 r=4
=
r+y=-1 y = —d.

la nghiém hé phuong trinh

Vay C(4; =5).
Chon dap an (B) O
Cau 216. Tim co-sin goc giita hai dudng thang d;: o+ 2y — 7 =0 va dy: 20 — 4y + 9 = 0.
3 2 1 3
A —. B. —. C. -. D. -.
V5 V5 5 5
Loi giai.
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di: x+2y —T7=0 c6 véc-to phap tuyén 7, = (1;2).
dy: 27 — 4y +9 = 0 ¢6 véc-to phap tuyén 1o = (2; —4).
Ta co

cos(dy, dy) = |7 - 7 = [1-2+2-(-4)] _3
PEITIR RS Vit4d VA6 5

Chon dap én (D) O

Cau 217. Cho tam giac ABC vé6i A(1;1), B(0;—2) va C(4;2). Phuong trinh tong quat ctia duong
trung tuyén di qua diéem B clia tam gidac ABC.

A z+y+7=0. B. 5z —-3y+1=0. C 3zr+y—2=0. D. —7x + 5y + 10 = 0.
Lai giai.
Goi M la trung diém ctia AC, suy ra C
M
M:(ﬂ.ﬁ>:<§.§). A
2 72 272

Duong trung tuyén BM c6 véc-to chi phuong

. /5 3 5 7
Y 5~ Uigt 22

Suy ra mot véc-to phap tuyén cia BM 1a @ = (—T;5). B
Dudng thang BM qua B(0; —2) c6 phuong trinh la

—7(x—0)+5(y+2)=0& —Tx+5y+10=0.
ChQﬂdépéﬂ@ O

Cau 218. Tinh goc giita hai dudng thing A: z —V3y +2=0vd A": 2 ++3y —1=0.

A. 90°. B. 120°. C. 60°. D. 30°.
Loi giai.
Dudng thing A va A’ ¢6 véc-to phap tuyén lan luot 1a 7w = (1; —\/g), n = (1; \/3)
Lo wen 2] 1
Tacécos(A,A/):‘cos(n,n’) = =1 = :'2.2‘:5
Vay goc gitta A va A’ bang 60°.
Chon dap an @ O

Cau 219. Trong hé toa do Oxy, cho dudng tron (C) c¢6 phuong trinh 22 + y? — 4z + 2y — 15 = 0.
I 1a tam ctia (C), dudng thang d qua M(1; —3) cit (C) tai A, B. Biét tam giac IAB c6 dién tich 1a
8. Phuong trinh dudng théang d 1a z +by +c=0. Tinh b + c.

A. 8. B. 2. C. 6. D. 1.
Loi giai.
Duong tron (C) c6 tam I(2; —1) va ban kinh R = 1/20.
Do IM = /(1 -2)2+ (=3 +1)2=+/5 < R nén M(1;—3) niim bén trong dudng tron.
Vi dudng thang d: x + by + ¢ = 0 di qua diém M nén 1 — 3b+c = 0 hay ¢ = 3b — 1. Do d6 phuong
trinh ctia duong thang d 1d x + by +3b—1 = 0.
Goi H 1a hinh chiéu ctia I tren duong thang d thi H 1a trung diém cia AB va IH < IM = V5.
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Theo gia thiét tam giac TAB c6 dién tich bang 8 nén

1 IH? =16 ITH =4
§AB~IH:8<:)AH~IH:8<:)IH\/R2—IH2:8<:)[ [

IH?> =4 IH = 2.

Do IH < IM nén IH = 2.

Mat khac
|Qb+1| 3
IH =d(I,d) & S1204+1=2vV1+ 02 & b= -
3 5 .
Suyrac:?)-z—l:Z.Dodob+c:2.
Chondépén O

Cau 220. Trong mit phang Ozy, khodng cach tit diem M (0;4) dén duong thang A : wcosa +

ysina + 4 (2 — sina) = 0 bang
4

A. \/g B. sina. c — . D. 8.
COS (& + SIn «

Loi giai.
0-cosa+4-sina+4(2—sina)|

Ta c6: d (M, A) = =38.
( ) Vcos? o + sin? a
Chon dap an @ OJ
Cau 221. Khoang cach tit diem A(—3;2) dén dudng thing A: 3z —y + 1 = 0 bing
11\/' 10\/‘ 11
A. V10. B. — C. — D. —.
V10 5 5 V10
Lai giai.
-3-3—-2+1
d(A:A) = | U .
32 + (_1)2
Chon dap an (A) O

Cau 222. Trong mat phang toa do Ozy, cho AABC c¢6 M(2;0) la trung diém AB. Dudng trung
tuyén va duong cao qua dinh A lan lugt c6 phuong trinh 7z — 2y — 3 = 0 va 62 —y — 4 = 0. Phuong
trinh duong thing AC la

A 3r—4dy—5=0  B.3r+4y+5=0  C.3z—4y+5=0. D.3x+4y—5=0.
Lo gidi.
Goi AH, AN la duong cao va trung tuyén ctia AABC.
Ta c6 A= AH N AN nén toa do A la nghiém hé

Tr—2y—3=0 r=1
& = A(1;2).

6z —y—4=0 Yy =2
Ma M 1a trung diém AB nén toa do B la (3; —2). A
M
B H C
| B N
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Duong thang BC qua B vuong goc véi AH nén c6 phuong trinh  + 6y +9 = 0. Ma N = AN N BC

nén toa do N la nghiém hé

Tz —2y—3=0 z=0 3
< 3:>N<0;——>.
46y +9=0 y=—3 2

Ma N la trung diem BC nén toa do C' la (—3;—1). Duong thang AC c6 véc-to chi phuong la
AC = (—4; —3) nén c6 véc-to phap tuyén 7 = (3; —4) va phuong trinh 1a 3z — 4y + 5 = 0.

Chon dap an (C) O
Cau 223. Trong mit phang toa do Oxy, cho tam gidc ABC vudng tai A, c6 dinh 1a C'(—4, 1), phan
gidc trong goc A c6 phuong trinh = +y — 5 = 0. Viét phuong trinh duong thang BC, biét dien tich
tam giac ABC bang 24 va dinh A c¢6 hoanh do duong.

A. BC: 3z —4y + 16 = 0. B. BC: 3z —4y — 16 = 0.
C. BC:3x+4y+16=0. D. BC: 3z +4y+8 = 0.
Lai giai.
Goi A(a,5—a)€ed: x+y—5=0,a>0. B

Khi d6 CA = (a+ 4; —a + 4).
Duong phan giac d c6 véc-to phap tuyén 1a 7 = (1;1), suy ra mot

d
véce-to chi phuong ciia d 1a v = (1; —1). &
A C
Tu gia thiét ta co
cos(d; AC) = cos 45°
& |cos(TW;CA)| = cos45°
- 11(a+4) — 1(—a+4)| V2
VIE+ (12 /(a+4)?2+ (—a+4)? 2
& a’ =16
a=14
<~
a=—4
& a=4.
Suy ra A(4;1).
Goi B(z;y). Khi d6 AB = (z — 4;y — 1), CA = (8;0).
AB-CA=0 8(z —4) =0
1)1-—= 1= <931
EIAB‘-‘CA) =24 5\/(x—4)2+(y—1)2\/82+02:24.
[ (z=14
x=4
t y=71
Tu day ta giai duge y=7 <
. r=4
Yy= -
| ly = —5.
Hon ntta, vi B v C' nam khéc phia so v6i d nén ta tim duge B(4;7).
r—4 y—17
Do do, BC': = —4 16 = 0.
o do, BC 4 1_7@3x y+16=0
Chon dap én@ O
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Cau 224. Trong mat phéng v6i hé toa do Ozy, cho hinh vuong ABCD. Goi M la trung diém ctia
canh BC, N la diém trén canh C'D sao cho CN = 2N D. Gia st M <12—1, %) va duong thang AN c6
phuong trinh 2z —y — 3 = 0. Goi P (a;b) 1a giao diém ctia AN va BD. Gi4 tri 2a + b bang:

A. 6. B. 5. C. 8. D. 7.
Lai giai.

5
HaMHJ_ANtaiH.SuyraMH:2x+4y—13=0:>H<§;2>. A B

Ta can chitng minh H € BD khi d6 H trung véi P.
That vay
— 1—tanm-tanﬁ47\f Axp

tan MAN = cot(W—i—l)/AFV): —— —
tan BAM 4+ tan DAN D N c

|
—_
—_

Suy ra M AN = 45°. Mat khac ABM = AHM = 90°.
Suy ra tit gidc ABM H noi tiép duong tron.

Suy ra MBH = MAH = 45° vi MAH = MAN.
Dod(’)HEBD:>P<g;2> =2a+b="17.

Chon déap an @ OJ

Cau 225. Trong mit phang véi hé toa do Oxy, gia sit diem A(a; b) thuoc dudng thang d : 1—y—3 = 0
va cach A : 22 — y + 1 = 0 mot khoang bang /5. Tinh P = ab biét a > 0.
A. 4. B. -2 C. 2 D. —4.
Loi gii.
Aed=a—-b—-3=0(1).

2a —b+1 20—-b+1=5 (2
d(A,A):u:\/E@ua—bJrH:\/E@ @
22 1 12 2 —b+1=—5(3)
a=1
Xét (1) va (2) ta duge {b (nhan).
=2
a=—
Xét (1) va (3) ta duge {b (loai). Do d6 P = ab = —2.
=—12
Chon dép an (B) O

Cau 226. Cho hai diém A(—1;3), B(1;1). Diém M(a;b) v6i a € N* thuoc dudng thang (d): 2z —
y + 1 =0 sao cho tam gidc M AB vuong tai M. Tinh 2a + 3b.
A. 9. B. 8. C. 11 D. 13.
Loi giai.
Vi M(a;b) € (d) nén 2a —b+1=0 hay b = 2a + 1.
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Ta c6 MA = (-1 —a;2—2a), MB = (1 — a; —2a) ma tam gidc M AB vuong tai M nén

MA-MB=0% (—1—a)(1—a)+ (2 —2a)(—2a) =0
& 5a* —4a—1=0

a=1

Via € N* nén a =1 suy ra b = 3 hay 2a + 3b = 11.

Chon déap an @ OJ

Cau 227. Trong mit phang Ozy, cho tam gidc ABC biét A (—2;3), B (4;1), C (1;—2). Dudng cao
ha tit dinh A cta tam giac ABC ¢6 phuong trinh

A z+y—-5=0. B . x+2y—4=0. C.z—y+5=0. D x+y—-1=0.
Lai giai.
Ha AH 1 BC suy ra dudng thing AH nhan véc-to BC 1a véc-ta phap tuyén.
Ma BC = (—3;—3), khi d6 phuong trinh AH 1a (=3)- (z+2)+(=3) - (y—3) =0z +y—1 =0,
Chon dap an @ O

Cau 228. Trong mit phang toa do Ozy, cho tam giac ABC c6 A(1;2), B(3;1), C(5;4). Phuong
trinh nao sau day la phuong trinh duong cao ké tit A cta tam giac ABC?

A 22 +3y—8=0. B. 2x+3y+8=0. C.3r—2y+1=0. D.2x+3y—2=0.
Loi giai.
Duong cao ké tit A clia tam giac ABC di qua diém A(1;2) va nhan véc-to BC = (2;3) lam véc-to
phap tuyén nén c6 phuong trinh

2 —1)4+3(y—2)=0<=2x+3y —8=0.

Chon dap an @ O

Cau 229. Trong mit phang véi hé toa do Ozy, cho tam gidc ABC c6 phuong trinh canh AB I3
r —y — 2 = 0, phuong trinh canh AC la z + 2y — 5 = 0. Biét trong tam clia tam giac G(3;2) va
phuong trinh dudng thang BC ¢6 dang x + my +n = 0. Tim m + n.
A. 3. B. 2. C. 5. D. 4.
Lai giai.
o ) r—y—2=0 r=3
Toa do diem A 1a nghiém ctia hée & = A(3;1).
r+2y—5=0 y=1
Goi B(b;b—2) € AB va C(5 — 2¢;¢) € AC.
Vi G(3;2) la trong tam tam giac nén ta co
3+b+5—2c=9 =5
= suy ra B(5;3) va C(1;2).
1+4b—24c=6 c=2
Vi B, C thuoc BC nén ta c6 hé
d+3Im+n=20 m = —4
& = m+n=3.
14+2m+n=20 n="7
Chon dap an @ O
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Cau 230. Viét phuong trinh tong quat clia dusng thang di qua hai diém A(3; —1) va B(1;5).
A 3x—y+6=0. B. —2+3y+6=0. C.3x+y—8=0. D. 3z —y+10=0.
Loi giai.
Ta c6 AB = (—2;6) 1a vecto chi phuong ctia duong thing AB.
Suy ra dudng thang AB c6 vecto phap tuyén la 7 = (3;1).
Phuong trinh téng quat ciia ABla3(x —3)+ (y+1)=0< 3z +y—8=0,
Chon dap an (C) O
Cau 231. Trong mit phang toa do Ozy, cho diém I(1;2) va duong thang d: 2z +vy — 5 = 0. Biét

rang c6 hai diem M;, M, thudc d sao cho IM; = IM, = +/10. Tinh tdng céc hoanh do clia cac diém
M1 va MQ.

7 14
A. 2. B. -. C. —. D. 5.
5 5
Loi giai.
Vi IM; = IM, nén I nam trén dudng trung tryc ciia doan thang M; M, I
hay I nam trén duong théng vuong géc véi dusng thang d. /N i
Goi d' 1a c’[u?d?g thang di qua I(1;2) va vuong géc v6i d. Phuong trinh M, ; i ; s
cua duong thang d' 1a x — 2y + 3 = 0.
7 11
Goi H=dnNnd, tacéo H (—;—).
55
) 14
Ta c¢6 H la trung diem cta MM, nén xy, + zp, = 20y = —.
2 2 N ]_4
Vay tong cac hoanh do ctia cac diem M; va Ms bang 5
Chon dap an @ O

Cau 232. Cho tam gidc ABC ¢6 phuong trinh canh AB: 3z —4y—9 = 0, canh AC": 82z —6y+1 =0,
canh BC: x +y — 5 = 0. Phuong trinh duong phan giac trong ctia goéc A la

A. 14z + 14y — 17 = 0. B. 22 — 2y — 19 = 0.
C. 2z 42y + 19 = 0. D. 14z — 14y — 17 = 0.
Loi giai.

Phuong trinh duong phan giac ctia goc A la

]3:1:—4y—9]_|8:c—6y+1\© 23z —4y —9) =8x — 6y + 1 - 20 +2y+19=0
5 10 23z —4y —9) = —8x + 6y — 1 14z — 14y — 17 = 0.

Duong phan gidc trong clia géoc A khong song song véi canh BC, do d6 phuong trinh can tim 1a
14x — 14y — 17 = 0.
Chon dap an @ [l

Cau 233. Véc-to nao trong cac véc-to dudi day 1a véc-to phap tuyén ciia dudng thing y — 2z + 1 =
0?7

A (2;-1). B. (1;2). C. (-2;1). D. (=2;-1).
Loi giai.
Tacoy—22+1=0« —22+y+1 =0, suy ra véc-to (—2; 1) 1a véc-to phap tuyén clia duong thang
y—2r+1=0.
Chon dap an @ O
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Cau 234. Cho tam giac ABC vuong tai A, diem M thudc canh AC sao cho AB = 3AM, duong
tron tam / dudng kinh CM cit BM tai D, dudng thing C'D c6 phuong trinh « — 3y — 6 = 0. Biét
I(1;—1), diém E <§, 0) thuoc duong thing BC, z¢ € Z. Biét B ¢6 toa do 1a (a;b). Khi do

A a+b=1 B.a+b=0. C.a+b=-1 D.a+b=2.
Lo giai.
Tt giac ABC'D nai tiép duong tron duong kinh BC, suy ra g
DCA = ABD. Mat khac, xét tam giac BAM vuong tai A
c Ai% = 1AgB nén tan B = Ijl_]\B/—l = %, suy ra cos’B =

3
7 VaycosACD = ——.
ta2B+1 10 '8 /10

. |
Goi phuong trinh duong thing AC la ax+by —a+b=0v6 4 T
a’ +b* # 0.

Vi goc gitta hai dusng thang C'D va AC la géc ACD nen

3 _3b a=0
2 =30l 8?4 Gab—0o

V10 Va1 -v10 dq = —3b,

(D Truong hop 1: Khi a = 0, phuong trinh duong thang AC 1a y = —1. Khi do, toa do diem C' la
nghiém cua hé phuong trinh

y=—1
= C(3;-1).
r—3y—6=0

Trudng hgp nay nhan vi ¢ = 3 € Z. Suy ra toa do diem M(—1;—1).
(2 Truong hop 2: Khi 4a = —3b, chon b = —4, a = 3, phuong trinh dudng thang AC 14 3z —4y—7 =
0. Khi d6, toa do diéem C' la nghiém ctia hé phuong trinh

3¢ —4y—7=0 3 11
éC’(——;—).
r—3y—6=0 55

3

Truong hgp nay loai vi z¢ = —x ¢ 7.
c 3 N N 2 . L= 3 ) + 1
Khi d6, phuong trinh dusng thang BC' 1a 1 = 0r1 &S 3r+oy—4=0.
-—3
3

Duong théng BM vuoéng géc v6i CD: z — 3y — 6 = 0 va di qua diém M (—1; —1) nén c6 phuong
trinh 13 3z +y + 4 = 0. Do d6, toa do diém B la nghiém ctia hé phuong trinh

3r+y+4=0 T =—2
=
3r+5y—4=0 y =2
Vaya=—-2,b=2néna+b=0.
Chon dap an O
Cau 235. Cho tam giac ABC c6 A(1;—2), duong cao CH : x — y + 1 = 0, dudng thang chita canh

BC ¢6 phuong trinh 2z +y + 5 = 0. Toa do diém B la
A. (4;3). B. (4;-3). C. (—4;3). D. (—4;-3).
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Loi giai.
{AB qua A(1;—-2)
Ta co

AB L CH:z —y+1=0
= AB:z+y+1=0.

B = AB N BC nén toa do B la nghiém cua hé
phuong trinh:

r+y+1=0 r=—4
= .
204+y+5=0 y=3 A(l;-2)

Vay B(—4;3).

Chon dap an @ O

Cau 236. Trong mit phang Oy, khodng cach tit diém M (3; —4) dén duong thang A: 3x—4y—1 =0

la

A. § B. 2—4 C. E D. —2—4.
) 5) 5) 5)
Loi giai.
Ta co:
3-3—4-(—4)—-1 24
) -] (-1 2
32 4 (—4) g
Chon dap an O
Cau 237. Khoang cach tit diem M(1; —1) dén dudng thing A: 3z +y+4 =013
1
Al B. @ C. g D. 2V/10.
Lai giai.

Khoang cach tit diem M dén duong thing A la

31+ (=144  3V10
B V312 5

d(M, A)

Chon dép an (B) O

Cau 238. Duong phan giac clia géc nhon tao bdi 2 dudng théng di: 3z + 4y — 5 = 0 va dy: Sz —
12y + 3 = 0 ¢6 phuong trinh

A Tx+56y+40=0. B.8x—-8y—1=0. C. 7Tx +56y —40 =0. D. 64z — 8y — 53 =0.
Lai giai.
Goi I =dyNdy :I(g,;—;)
Lay A(5;-5), B(—1;2) € dy, C(-3;—1) € ds.
Ta c6 A, B nam vé hai phia ciia diém 1.

= 29 =27 —157 —45 5463

]—Z-IC': 7 7 + R % mﬁmlégéctﬁ,B/I\Clag(’)cnhontaobéidl va dy.
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Goi M (z;y) 1a diém thuoc duong phan gidc clia goc tao béi di va dy.

|3z + 4y — 5] |52 — 12y + 3|
V3% + 42 52+ (—12)2

d(M,dy) = d(M, dy)

[13(3z 4 4y — 5) = 5(5z — 12y + 3)
~
|13(3z + 4y — 5) = —5(5x — 12y + 3)
(72 + 56y — 40 = 0
=
18z —y —5=0.

Ta 6 (Txp+56yp—40)-(Txc+56yc—40) = [7-(—1)+56-2—40]-[7-(—3)+56-(—1)—40] = —7605 < 0.
Vay phan giac ciia géc nhon tao bdi 2 duong thang di: 3z +4y —5=0va dy: 5r — 12y +3 =0 c6
phuong trinh 7z 4 56y — 40 = 0.

Chon dap an @ OJ

Cau 239. Trong mat phang toa do Oxy, cho dudng thang d : x — 2y + 3 = 0. Vecto phap tuyén ctia
duong thang d 1a
A 7= (1;-2). B. 7= (2;1). C. 7 =(-2;3). D. @ = (1;3).
Loi giai.
Vectd phap tuyén ctia duong thang d 1a 7 = (1; —2).
Chon dap an (A) O

Cau 240. Trong mit phing toa do Oy, cho hai diém A(1;1) va B(2;0). Dudng thang di qua hai
diém A, B tao v6i hai truc toa do mot tam giac vuong. Ban kinh dudng tron noi tiép r ciia tam giac

do la

1
A r=+2. B. r = 2V2. C.r= . D.r=2-—+2.
2+2
Loi giai.
Phuong trinh dudng thang di qua hai diém A(1;1), B(2;0)
z—1 y—1
d: = —2=0.
5 1= 0_1 So+ty 0
Dudng thang d cit hai truc toa do lan lugt tai hai diem B(2;0) va C(0;2).
1 OB+ OC + BC
TamgiécOBCCédiéntichS:E-OB~OC:2vanﬁ’achuvip: + 5 + =242
. S 2
Suy ra ban kinh duong tron néi tiep tam giac OBC lar = — = =22
po2442
Chon dép an (D) O

Cau 241. Trong mat phéng toa do Oxy, cho tt gidc ABCD nai tiép duong tron duong kinh BD.
Goi M, N lan luot 1a hinh chiéu vudng géc ctia A trén cac duong thing BC, BD va P la giao diém
ctia M N, AC. Biét dudng thang AC c6 phuong trinh z —y — 1 = 0, M(0;4), N(2;2) va hoanh do
diém A nhé hon 2. Tim toa do cac diem P, A, B.

A P (g, g), A(0;—1), B(4;1). B. P <g, g), A(0;—1), B(—1;4).
C. P (g, ;), A(0;—1), B(—1;4). D. P (g, —;), A(—-1;0), B(—1;4).

L&i giai.
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Duong thing MN qua hai diém M(0;4) va C
N(2;2) nén c6 phuong trinh x +y — 4 = 0.
Ta c6 P = MN N AC = Toa do diém P la

r—y—1=0 5 3
nghiém hé{ Y :>P(§,§)

Tt MN:z+y—4=0vaAC:z—y—1=0 D B
Suy ra MN 1 AC N

Tt giac ABMN noi tiép duong tron dudng
kinh AB, suy ra ABD = AMP.

Lai c6 ACB = ADB (goéc nai tiép cuing chan
cung AB).

Ma AMP = ACB (ctng phu PMC). Do d6
ABD = ADB. Suy ra AABD vuong can.
Nen ACB = ADB = 45°.

Do d6 tam gidc AMC vuong can tai M, suy ra P la trung diém AC.
Gid st A(a+ 1;a) (a < 1)
Ta ¢6 AP = PM = <a+1—§>2+ (a—§)2=§ - <a—§>2=§:> [a:4
2 2 2 2 17 |42
Nhan a = —1 (do @ < 1) nén A(0; —1).
Duong thiang BC qua M(0;4) va c6 VTPT AM = (0,5) nén c6 phuong trinh BC': y = 4.
Duong thang BD qua N(2;2) va c6 VTPT AN = (2;3) nén c6 phuong trinh BD: 2x + 3y — 10 = 0.

=4
Toa do B la nghiém hé Y = B(—1;4).
20 +3y—10=0
~ 5 3
Vay P(2:2), A1), B(-1;4)
Chon dap én@ O

Cau 242. Trong mit phang Oxy, cho (di): 22 —y +5 = 0; (dy): © +y — 3 = 0 cit nhau tai I.
Phuong trinh dudng thang qua M (—2;0) cit (dy), (do) 1an lugt tai A vd B sao cho ATAB can tai A
c¢6 dang ax + by +2 = 0. Tinh T'= a — 5b.

A T=-1. B. T =09 C.T=-9 D. T =11
Loi gii.
Do dudng thang d di qua M(—2;0) c¢6 dang ax + by + 2 = 0 nén A

—2a+2=0=a=1.
Khi d6 d: x + by +2 = 0. Do d cat d; va dy lan luot tai A, B tai
thanh tam gidc IAB can tai A nén

1 I I
cos ATB — cos ABT & = = LU e igpia—ne |"7 72
VE o VI+E b= —2.
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1 1
Véib:—§thid::c—§y+2:0khid()d“d1.
Véib=—-2thid:z—2y+2=0,tacoT =a—5=11.
Chondépén@ O

Cau 243. Trong mat phing véi hé truc toa do Ozy, cho duong thing d cit hai truc Oz, Oy lan
lugt tai hai diém A(a;0), B(0;b) (a # 0,b # 0). Viét phuong trinh duong thang d.

Ad: 42— B.d:--Y=1 Cc.d:=+2%-1 D.d:>+%=1
a b a b a b b a
Loi giai.
Theo phuong trinh doan chin, dudng thing d c6 phuong trinh d: L + % =1
a
Chon dap an @ O

Cau 244. Trong mit phang véi hée truc toa do Oxy, cho dudng thing d cit hai truc Oz, Oy lan

lugt tai hai diém A(a;0), B(0;b) (a # 0,b # 0). Viét phuong trinh dudng théng d.

Y Y Yy

Ad:Z+2 20 B.d:--Y=1 Cc.d:+%-1 D.d:>+%=1
a b a b a b b a
Loi giai.
Theo phuong trinh doan chin, duong thang d c6 phuong trinh d: L + % =1.
a
Chon dap an @ O

. 2 .
Cau 245. Trong mat phang toa do Oxy, cho tam giac ABC ¢6 A(2;4), trong tam G (2; §> Biet

rang dinh B nadm trén duong théing d : # +y +2 = 0 v dinh C c¢6 hinh chiéu vuong goc trén d la
diém H(2;—4). Gia stt B(a;b), tinh T = a — 3b.

A. T=4. B.T=-2 C.T=2 D.T=0.
Loi giai.
ViBedntna+b+2=0< b= —a—2. Khido B(a; —a —2). A
Tu G la trong tam tam giac ABC' ta ¢6
Te=3xg—rTa—Tp=4—a
{C ¢oTaTTs = C(4—a;a). G
Yo =3Ya —ya—yp =a
TacéFIE’):(Q—a;aJrél),H_ﬁ:(a—Z;Z—a). B ¢
ViHC LHBnen HC-HB =0« (2—a)(a—2)+ (a+4)(2—a) =0
a=—1
&S (2—-a)2a+2)=0< d
a=2.

— Véi a = 2 thi B(2; —4), C(2;2). Loai vi lic nay A, B, C thang hang.
— Véia=—1 thi B(—1;—1), C(5;—1).
Vay T=a—3b=—1—3(—1) =2,
Chon dap an @ O

Cau 246. Trong mit phing Oxy, cho ti giac ABCD noi tiép duong tron duong kinh BD. Goi
M, N lan lugt 1 hinh chiéu vuong géc ctia A trén cac duong thang BC, BD va P la giao diém ctia
MN, AC. Biét duong thang AC c6 phuong trinh 2 —y — 1 =0, M(0;4), N(2;2) va hoanh do diém
A nhé hon 2. Tim toa do cac diém P, A, B.
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A P (g, _§>’ A(—-1;0), B(—1;4).
5 3
C. P 2’5 , A(0;—1), B(4;1).
Loi giai.
Tim toa do diém P
ua M(0;4
Ta c6 MN: b (0:4) )
vec-to phap tuyén 7 = (2;2)
= MN:z4+y—4=0.
5 3

Do AMB + AN B = 180°, nén tit gidac AMBN noi tiép.

—

g
g

— Tac6 PMC = NMB = NAB (do AMBN nai tiép).

NAB phu goc ABN
Ma { PCM phu géc ACD

ABN = ACD (do cting ch&n cung AD)

= PMC = PCM.
Vay APMC can 6 P, suy ra PM = PC.

—

— Tac6 PAM = 90° — PCM = 90° — PMC = PMA.

Vay APAM can & P, suy ra PM = PA.
T (1) va (2) ta c6 PA= PC = PM.

53 5v/2
Ta céP<§;§) va M (0;4) :>PA:PM:T\/_.

DoAcAC:z—y—1=0= A(a;a —1).

G RG]
Ta c6 PA=—— — = —=) =—
a co 5 = a 5 +la 5 4
Viét phuong trinh BD, BC:
ua N(2;2
— Ta c6 BD: E (2:2) PN
véc-to phap tuyén AN = (2;3)
ua M(0;4
— Ta c6 BC': E (0:4) o,
véc-to phap tuyén AM = (0;5)

Do B=BCNBD = B(—1;4).
Chon dap an @

a =
a=2>5

= BD:2x+ 3y —10=0.

5 3

372

22

), A(0; 1), B(—1;4).

), A(0; —1), B(—1;4).

A
M
B D
NXP O
C
= A(0; 1)

= BC:y—4=0=0.

Cau 247. Trong miit phang toa do Oxy, duong thang y = 2 —5 ¢6 mot vecto phap tuyén 72 1a

A. 7 =(1;2). B. 7 =(2;1).
Loi giai.
Tacoy=2z—-5&2r—y—5=0.

C. nw=(-2;-1). D. 7 =(2;-1).

Suy ra 7 = (2; —1) la mot vects phap tuyén clia duong thing y = 2z — 5.

Chon dap an @

t

Cau 248. Trong mat phang Ozy, cho hai diém A(1;2) va B(5; —1). Phuong trinh duong thang di
qua M (3;5) va cach déu A, B 1a ax +by+c =0, (a, b 1a s6 hai s6 duong nguyén t6 cing nhau). Tinh

a+b—ec.
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A —22. B. 53. C. 35. D. 36.
Lai giai.
TH1. Duong thang nay qua M va trung diém I ctia AB.
Ta c6 I | 3; % . Do d6 IM c6 phuong trinh 13 = 3 (khong thoa man dé bai).
TH2. Duong thang can tim la dudng thang qua M va song song véi AB.
AB = (4;—3). Suy ra véc-to phép tuyén 1a 7 = (3;4).
Duong thang can tim c6 phuong trinh 1a 3(z — 3) + 4(y — 5) = 0 & 3z + 4y — 29 = 0.
Vay a + b — ¢ = 36.
Chon dép an (D) O

Cau 249. Trong mit phang toa do Ozy, cho tam gidc ABC véi A(1; —2), B(2; —3), C(3;0). Phuong
trinh duong phan gidc ngoai goc A cia tam giac ABC la

A x=1. B. y=-2 C. 2zx+y=0. D 4z4+y—-2=0.
Loi giai.
Ta c¢6 véc-to chi phuong ciia duong thing AD la dudng phan B
giac trong goc A la A
AB AC
[ 0
an =5+ 40 = (V20).

Suy ra véc-to phap tuyén ctia duong phan giac ngoai goc A
la 7 = (1;0), qua diém A(1; —2), suy ra AE: 2 — 1 =0.

B C

Chon dap an @ O

Cau 250. C6 hai gia tri m;, my dé dudng thang mz +vy — 3 = 0 hop v6i dudng thing v +y = 0
mot goc 60°. Tong my + my bing

A. 3. B. 3. C. 4. D. —4.
Loi gidi.
Duong thang ma + y — 3 = 0 ¢6 vée-to phap tuyén n; = (m; 1).
Duong thing x +y = 0 ¢6 véc-to phap tuyén ns = (1;1).
Hai duong théng hop véi nhau mot géc 60° nén co
ng - ng|
|n1| 21
o Lo _Im+4l

R e BV

& Vm2+1l=v2-|m+1

S mP4+4m+1=0.

cos 60° =

Phuong trinh ¢6 hai nghiém, theo hé thic Vi-ét my + my = —4.
Chon dap an @ O

Cau 251. Trong mit phing Oxy, cho ti giac ABCD noi tiép duong tron duong kinh BD. Goi
M, N lan lugt 1a hinh chiéu vuong géc cia A trén cac duong thang BC, BD va P la giao diém ctia
MN, AC. Biét duong thang AC c6 phuong trinh 2 —y — 1 =0, M(0;4), N(2;2) va hoanh do diém
A nhé hon 2. Tim toa do cac diém P, A, B.
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A P (g, _§>’ A(—-1;0), B(—1;4).
5 3
C. P 2’5 , A(0;—1), B(4;1).
Loi giai.
Tim toa do diém P
ua M(0;4
Ta c6 MN: b (0:4) )
vec-to phap tuyén 7 = (2;2)
= MN:z4+y—4=0.
5 3

Do AMB + AN B = 180°, nén tit gidac AMBN noi tiép.

—

g
g

— Tac6 PMC = NMB = NAB (do AMBN nai tiép).

NAB phu goc ABN
Ma { PCM phu géc ACD

ABN = ACD (do cting ch&n cung AD)

= PMC = PCM.
Vay APMC can 6 P, suy ra PM = PC.

—

— Tac6 PAM = 90° — PCM = 90° — PMC = PMA.

Vay APAM can & P, suy ra PM = PA.
T (1) va (2) ta c6 PA= PC = PM.

53 5v/2
Ta céP<§;§) va M (0;4) :>PA:PM:T\/_.

DoAcAC:z—y—1=0= A(a;a —1).

G RG]
Ta c6 PA=—— — = —=) =—
a co 5 = a 5 +la 5 4
Viét phuong trinh BD, BC:
ua N(2;2
— Ta c6 BD: E (2:2) PN
véc-to phap tuyén AN = (2;3)
ua M(0;4
— Ta c6 BC': E (0:4) o,
véc-to phap tuyén AM = (0;5)

Do B=BCNBD = B(—1;4).
Chon dap an @

a =
a=2>5

= BD:2x+ 3y —10=0.

5 3

372

22

), A(0; 1), B(—1;4).

), A(0; —1), B(—1;4).

A
M
B D
NXP O
C
= A(0; 1)

= BC:y—4=0=0.

Cau 252. Trong miit phang toa do Oxy, duong thang y = 2 —5 ¢6 mot vecto phap tuyén 7 1a

A. 7 =(1;2). B. 7 =(2;1).
Loi giai.
Tacoy=2z—-5&2r—y—5=0.

C. nw=(-2;-1). D. 7 =(2;-1).

Suy ra 7 = (2; —1) la mot vects phap tuyén clia duong thing y = 2z — 5.

Chon dap an @

t

Cau 253. Trong mat phang Ozy, cho hai diém A(1;2) va B(5; —1). Phuong trinh duong thang di
qua M (3;5) va cach déu A, B 1a ax +by+c =0, (a, b 1a s6 hai s6 duong nguyén t6 cing nhau). Tinh

a+b—ec.
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A. —22. B. 53. C. 35. D. 36.
Loi giai.
TH1. Duong thang nay qua M va trung diém I ctia AB.
Ta c6 I | 3; % . Do d6 IM c6 phuong trinh 13 = 3 (khong thoa man dé bai).

TH2. Duong thang can tim la dudng thang qua M va song song véi AB.
AB = (4;—3). Suy ra véc-to phép tuyén 1a 7 = (3;4).
Duong thang can tim c6 phuong trinh 1a 3(z — 3) + 4(y — 5) = 0 & 3z + 4y — 29 = 0.
Vay a + b — ¢ = 36.
Chon dép an (D) O

Cau 254. Trong mat phing Ozy cho dudng thing d c6 phuong trinh = + y — 2 = 0. Hoéi phép doi
hinh ¢6 duge bang cach thyc hién phép ddi xing tam O va phép tinh tién theo véc-to ¥ = (3;2)
bién duong théing d thanh duong thang nao trong cac dudng thang sau?
A z+y+2=0. B z—y+2=0. C.3x+3y—2=0. D.z4+y—-3=0.

Lo giai.
Goi dudng thang thu duge la d'.
Xét dieém A(1;1) € d.
Goi B la anh clia A qua phép doi xitng tam O va C 1a anh ctia B qua phép tinh tién theo véc-to
7 = (3;2). Ta co:

— O la trung diém AB nén 270 = 14 + Tp va 2yo = ya + yp hay B(—1;—1).

— B—C}:Vnénxc—xB:3Véyc—yB:2hayC’(Q;l).
Suy ra C(2;1) thudc d, ma anh ctia dudng thang qua phép ddi xitng tam va tinh tién 1a cdc dudng
thang song song nén d’ || d hay d’ c6 véc-to phap tuyén n = (1;1).
Vay phuong trinh ' 1a z +y — 3 = 0.

Chon dap an @ O
Cau 255. Duong thing d: 2 + % =1, (a #0;b # 0) di qua diém M (—1;6) tao vdi cac tia Oz, Oy
mot tam giac c6 dién tich bang 4. Tinh S = a + 20.
A.S:—%. B. §=10. C.S:_5+Tm. D. S=6.
Lo gidi.
Ta c6, duong thang d di qua diem M (—1;6) nén
_714—%:1(:)6&—6:(11). (3.1)

Mit khéc, vi d luon cat hai tia Oz, Oy tai hai diém A (a;0) va B (0;b) v6i a,b > 0. Do d6, dien tich
AABC bing 4 tuong duong

1
§ab:4<:)ab:8.

V6i ab = 8, thé vao (3.1) ta dugc
8 2
6a——=8&6a"—-8a—-8=0<«
a
Suy ra S = 10.

Chon dap an O
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Cau 256. Trong mit phing Ozy cho tam gidc ABC c6 B(—1;v/3—4), C(3;v/3+8) va AB = 3AC.
Tinh gi4 tri 16n nhat ctia dién tich tam giac ABC.

A. 40. B. 60. C. 20. D. 30.
Gié st toa do diém A 1a Az, y).

Theo bai ra ta co

AB=3AC & (z—12+(y—V3+4)2=3(x—3)2+ (y— V3 —8)
& 8%+ 8y? — 56z — 16v/3y — 152y + 152v/3 4+ 664 = 0

o (g o) -7

Ap dung BDT Bunhia ta ¢6

b2~ =@ |(-5) +(-v5-3)]

2
& (Br—y+v3-1) <22
& Bz —y+V3-1] <15

Ta c6 BC = (4;12) = 4 - (1;3) nén phuong trinh duong thing BC 1a 3z —y + /3 — 1 = 0.

_ TR
Khi d6 d(A, BC) = Br =9+ V3= _ 15
V10 V10

X 1 15
MaBC:4\/1_O:>SABC§§-\/—1_O-4\/E:3O.

Chondépén@ O
1. All2. BJ[3 B4 Bl5. All6e. AJl7. A]ls. DJlo. C|l10. C |
[11. C |[12. A J[13. D |[14. CJ[15. D ][16. C |[17. A ][18. A |[19. D ||20. B |
21. C |[22. D][23. D |[24. A ||25. A ][26. D |[27. D |[28. A |[29. A |[30. A |
3. C|[32. B[33. B |[34. D][35. C][36. B|[37. D][38. B |[39. D |[40. D |
[41. A ][42. B |[43. D |[44. B |[45. B |[46. A |[47. C][48. A ||49. A ||50. B |
5. D |[52. A[53. A][54. D ][55. C]|56. C|[57. C][58. B ||59. A ||60. A |
6. B |[62. B ][63. C][64. D ]l65. B ]|66. D |[67. B |[68. D ||69. B ||70. A |
(7. A][72. B[73. A][74. C]|75. A]|76. D ]|77. B ]|78. B ||79. D |[80. C |
181. A |[82. B |[83. A |[84. D ||85. A |[86. B |[87. C |[88. D |[89. C |[90. D |
9. B |[92. D][93. A |[94. D ||95. A |[96. C |[97. C |[98. C |[99. A ][100. C |
[101. D |[102. C |[103. D |[104. B ][105. D ||106. C |[107. D ][108. C ||109. B ||110. A |
[111. A |[112. B |[113. C |[114. C ][115. A |[116. A |[117. A ][118. A ||[119. B ||120. D |
[121. D |[122. A ][123. A |[124. D ][125. D |[126. C |[127. B ][128. A ||129. D ||130. A |
[131. C |[132. B ][133. A |[134. A ||135. C |[136. D |[137. C |[138. A |[139. A |[140. D |
[141. A ][142. A ][143. C |[144. B ]|145. A ][146. B |[147. D |[148. B ||149. A ||150. C |
[151. B |[152. D |[153. C |[154. D |[155. B ||156. B |[157. B |[158. C ||159. B ||160. C |
[161. A |[162. B |[163. B |[164. A ]|165. A |[166. B |[167. C |[168. D ||169. A ||170. A |
1171. D |[172. C |[173. A |[174. A ||175. C |[176. B |[177. A |[178. A |[179. B |[180. C |
[181. A |[182. A |[183. A |[184. B ||185. B ||186. A |[187. C ][188. A ||189. B ||190. C |
[191. D |[192. B |[193. D |[194. C ][195. D |[196. B |[197. C ][198. B ||199. A |[200. D |
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[201. B ][202. D |[203. D |[204. A ][205. B |[206. D |[207. A ][208. D ||209. A ||210. D |
[211. A |[212. C ][213. A |[214. A ||215. B |[216. D |[217. D |[218. C |[219. B |[220. D |
[221. A ][222. C |[223. A |[224. D ][225. B |[226. C |[227. D |[228. A ||229. A |[230. C |
1231. C |[232. D |[233. C |[234. B ||235. C |[236. B |[237. B |[238. C |[239. A |[240. D |
[241. A ][242. D |[243. C |[244. C ]|245. C ]|246. D |[247. D ][248. D ||249. A ||250. D |
1251. D |[252. D |[253. D |[254. D ||255. B ||256. D |
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BAl2. PHUONG TRINH PUONG TRON

@ TOM TAT LY THUYET
0 Phuong trinh duong tron

Trong mit phang Ozy, dudng tron (¢) tam I(a;b), ban kinh R Yy
¢6 phuong trinh:

oo —af +(y— b = B @ - )
oz’ +y®—2ar —2by+c=0 (2)
(2) 1a phuong trinh duong tron: a? + b*> — ¢ > 0, khi d6 tam va or a T

ban kinh I(a;b), R = va?+b?> — ¢
Q Phuong trinh tiép tuyén

Trong mat phang Oxy, cho diem M (zo;yo) thuoc duong tron (€): (x — a)? + (y — b)?> = R? va
(€): 22+ y* — 2ax —2by + ¢ =0
e Phuong trinh tiép tuyén véi (%) tai diém M

(A): (29— a)(x — a) + (yo — b)(y — b) = R?, (phan doi toa do)

(A): z.xog+y.yo —alz +x9) —bly +yo) +¢c=0

€) Didukién dé dudng thang tiép xtic véi dudng tron

Trong mit phang Oxy, cho dudng thing (A): Az + By + C = 0 va dudng tron (%) c6 tam
I(a;b), ban kinh R.
Diéu kien dé duong thang (A) tiép xtc v6i (%)

|A.a + B.b+ C|
(Z,4) By

/\ Chu y
o Néud(I,A) < R thi (A) cdt (€) tai 2 diém phan biét.
e Néeud(I,A) > R thi (A) khong cat (€).

Q Vi tri cGia hai dudng tron
Cho hai duong tron (¢) va (¢”) lan lugt ¢6 tam va ban kinh: I, Rva I’, R.
e (¢) va (€") cat nhau (@)

R—R <II'<R+ R
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e (¢) va (¢") tiép xic ngoai (")

R+R =1I

e (¢) va (¢") tiép xtc trong

R—R =1II
(%) ,
I I

(¢")
e (¢) va (¢’) ngoai nhau
II'>R+ R
(€) g
I I
(¢")
e (¢) va (¢’) trong nhau
II'<R—FR
(€)
(¢

€ Phuong fich clia mét diém déi véi dudng tron

Trong mat phang Oxy, cho diém M (x¢; o) va duong tron
(B): f(z,y) = 2> + y* — 2ax — 2by + ¢
Phuong tich cia diém M ddi véi dusng tron () 1a

*P/mye) = MI* — R?
oP /iy = f(0; o) = g + ¥ — 2axo — 2byo + ¢

Q Truc déng phuong cla hai dudng ton

Trong mat phing Oxy, cho hai dudng tron

(€): fi(z,y) =2° +y* — 2a12 — 21y + ¢4
(6): fo(z,y) = 2° + y* — 2007 — 2byy + ¢o

Truc déng phuong ctia hai dudng tron la dusng thing

2(a; —ag)x +2(by —by)y +¢1 —ca =0
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(® CACDANG TOAN
Dang 1. Nhan dang phuong trinh dudng tron

@D (€): (x —a)*>+ (y — b)® = R? ¢6 tam I(a;b), ban kinh R.
@ (€): 2* + y* — 2azx — 2by + ¢ = 0 la duong tron
hé s6 ciia 2, y? bang nhau tam I(a;b
{' yooang .Khz’dé:{ (35)

A+ —c>0 ban kinh R = Va2 +0? —c¢

Vi du 1. Trong cac phuong trinh sau day, phuong trinh nao 14 phuong trinh duong tron? Néu
duong tron thi tim tam va ban kinh?

Da?+y? —4r—2y—4=0 @2 +y*+3r—-2y+13=0
@ +y? —4dr+4=0 @ 2?4+ y? —day—2y—1=0

G2 +3y* +8r—2y+1=0

Loi giai.
@ Xét phuong trinh 2% +y* —4r — 2y —4 =10 (1)
Cach 1: Bién doi (1) vé dang: (z —2)>+ (y —1)2=9=1(2;1), R=
Cach 2: (1) ¢6 dangm2+y2—2ax—2by+c:0Véia:_—4:2, b:_—2 =1, ¢c=—-4

—2 —2
A=a’>+b—c=9>0ladudng tron c6 tam I(2;1), ban kinh R = 3.
@ Xét phuong trinh 2% + y* + 3z — 2y + 13 = 0. (2)
3 3 —2 39
Viia= 2 =2 pe 2 s A= 22
la=— 5 = = a* + c 1 <0

nén (2) khong phai la dusng tron.

@) Viét lai 22 +9?> —4dr +4 =0 < (v — 2)? + y* = 1 1a phuong trinh duong tron tam 1(2;0), ban
kinh R = 1.

@ 2%+ y? — 42y — 2y — 1 = 0 khong phai 1 duong tron do c6 chita hang ti 4xy.

(®) 22 + 3y*> + 8x — 2y + 1 = 0 khong phai 14 duong tron vi hé s6 2, y? khong bing nhau.

U
Vi du 2. Cho duong cong (¢): (m*+1)22 +m(m+3)y* +2m(m+ 1)z —m—-1=0. (1)
Tim m dé (¢) 1a dudng tron.
Lo gii.
Y Y 2 1
e Dicu kién can dé (¢) la duong tron (m? +1) =m(m+3) & m = 3
1 8 4
.Khingtacé(1)<:>x2+y2+§x—§=o (*)
. 6
Ta thay (*) 1a phuong trinh duong tron do ¢ = —x < 0. O

Dang 2. Viét phuong dudng tron

Phuong phap:

tam I(a;b)
e Tim = (€¢): (x —a)*+ (y—b)* = R?
ban kinh R
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o T'm a,b,c= (€): 2> +y*> —2ax —2by +c =0

Vi du 3. Viét phuong trinh duong tron (%) c6 tam I(—1;2) va théa man
1) ban kinh R =17.

2) di qua A(2;5).

3) P/Bjw) =1, trong d6 B(1;0).

4) tiép xtc v6i dusng thang (A): 3z +y + 101 = 0.

5) chan trén duong thang (A'): x + 2y + 2 = 0 mot day cung MN = 2.

Loi gii.
1) Duong tron c6 tam I(—1;2), ban kinh R = 3 ¢6 phuong trinh

(€): (x+1)*+ (y—2)* =49

2) ViAde (¢)nen R=1A=,/(1+3)?+ (5—2)? = 5. Phuong trinh dudng tron
(€): (x+1)*+ (y—2)> =25

3) Tac6 P/pjw) =1« BI* — R* =1 <& R?* = 7. Phuong trinh dudng tron
(): (z+1)°+(y—2)° =7

3.(—1) + 1.2 + 101|
A /32 + 12

4) Vi (¥) tiép xac v6i (A) nen R = d(I; A) = | = /10. Phuong trinh duong

tron
(€): (x+1)*+ (y—2)*>=10

5) Goi K la trung diém ctia M M. Khoang cach tit I dén dudng thang (A') 1a

(=) 2242
d=1IK = Niers : = /5. I @)

Trong AITKN vuong tai K ta c6 IN? = IK24+ KN? =5+1=6,
suy ra R? = IN? = 6. Phuong trinh duong tron

(€): (x+1)*+ (y—2)> =6.

Vi du 4. Viét phuong trinh dudng tron (¢) di qua A(1;3) va
(An): xcosa+2ysina —3cosa+4sina =0 (1)

la ho duong kinh cta né.

Lo giai.
o (1) (r—3)cosa+2(y+2)sina=0.

. r—3= r=3
Toa do diem c¢6 dinh ctia (A,) 1a nghiém hée { & {
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e (A,) 1a ho dudng kinh, suy ra diém c6 dinh 1(3; —2) chinh Ia tam ctia dudng tron (%).
e Phuong trinh dudng tron (%) tam 1(3; —2), ban kinh R la

(x=3)°+(y+2* =R ()

e A € (%) khi va chi khi toa do A thoa méan (*)
& (1-3)2+(3+2)? = R? & R? =29 thay vao (*) cho ta phuong trinh dudng tron

(€): (x—3)*+ (y+2)* = 29.

O
Ky thuat 1. Viét phuong trinh dudng tron dudng kinh AB v6i A(aq;b1), B(az; ba)
Phuong phap:
Cdch 1: Goi M(z;y) la diem bat ky, ta c6 MA = (x —zay;y —by), MB = (x — ag;y — b)
e M 1a mot diém thudc duong tron dudong kinh AB.
S MAMB=0% (z—a)(z —as)+ (y—b)(y —bs) =0
<:>x2+y2— (al—f—ag)x— (b1+b2)y+a1.a2—|—b1.b2 =0 (1)
(1) chinh la phuong trinh dusng tron c6 dusng kinh AB.
. by +0b
Cach 1: Toa do trung diem [ cia AB la [ (a1 ;— a2; L ;— 2).
AB? = (a3 — a1)* + (by — by)?
. . o s e AB
R6 rang duong tron dusng kinh AB ¢6 tam [ va ban kinh R = -
Phuong trinh ducng tron la
ar + a2 bi+b\° 1
(;C— ! 9 2) + (y— ! 5 2) :Z [(ag—a1)2+(bz—b1)2}
$2 + y2 — (a1 + CLQ){L‘ — (b1 + bg)’y + aq.a9 + bl.bg = 0 (2)
(2) chinh la phuong trinh dusng tron c6 dusng kinh AB.
Vi du 5. Trong mit phang Ozy, cho hai diém A(1;0), B(2;—1). Viét phuong trinh dudng
tron duong kinh AB.

Lo giai.
Ap dung cong thic (1) trén ta c6 phuong trinh dudng tron

(€): 2 +y* - (1+2)2—(0-1)y+124+0.(-1)=0 2 +y* - 30 +y+2=0.

Ky thuat 2. Viét phuong trinh dudng tron qua 3 diém
Trong mit phang Ozy, viét phuong trinh qua 3 diém A(xa;y4), B(zs;ys), C(zo;ye).
Phuong phap:
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Gia stt duong tron (¢) can tim c¢6 phuong trinh
> +4y* —2ax —2by +c=0 (1)

Vi A, B,C € (%) nén toa do clia ching théa man (1)

T4 +y4 —2a.24 —2bys+c=0 (2)
% +yp — 2a.25 —2byg+c=0 (3)
T3+ 9% — 2a.20 — 2byc +c=0 (4)

Giéi hé 3 phuong trinh (2), (3), (4) tim dugc a, b, ¢ thay vao (1) duge phuong trinh dudng tron
().

Vi du 6. Trong mit phang Ozy, viét phuong trinh dudng tron qua 3 diem A(1;2), B(5;2),
C(1;-3).

Lai gidi.

Gia stt duong tron (¢°) can tim c¢6 phuong trinh can tim
(z—a)’+(y—b)* =R (1)
Vi A, B,C € (%), toa do clia ching théa man (1)
(I1—a)*+(2-0b)°=R*2)
(b—a)’+(2-0>=R (3

(1—a)?+(-3-0b)*=R* (4

T (2) va(3)suyra(l—a)!=(5—-a)?=6—-2a=0&a=3
1
T (2) va (4) suyra(2—b)2:(3+b)2<:>1+2b:()<:>b:—§

41
Thay céc gia tri a va b vita tim duge vao (1) c6 R? = T
" - U ) 1\* 41
Vay phuong trinh dudng tron can tim (z — 3)* + |y + 3) =1 U

Vi du 7. Trong mit phiang Oxy, cho tam giac AABC c¢6 B(1;1), C(3; —1), tryc tam H(2;2).
Viét phuong trinh duong tron (¢) ngoai tiép AABC.

Loi gii.

Goi I la trung diém ctia BC. Lay D déi xing v6i H qua I. Suy ra BHCD la binh hanh, suy ra
BHC = BDC

Ma BHC+BAC = 180° = BDC+BAC = 180° = tit giac ABC'D noi tiép duong tron hay D € (€).
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s Tp —Tp =To — T rp—1=3-—-2
TacéBD:HC@{D B H@{D

Yp —YB =Yc — YH yp—1=-1-2

Irp = 2

& hay D(2; —3).
Yp = —2

Gia stt dudng tron (¢°) can tim c¢6 phuong trinh la

(x—a)*+(y—b)* =R (1)

B,C, H € (¢) nén toa do ctia ching déu thoa (1)

(1—a)*+(1-0b)*=R? (1
SeB-a)+(-1-b?=R*<<(3-a)= (1+b) (3)
(2—a)*+(2—0)*=R? (2 —a)? —Rz—(Z—b) (4)

Trit vé theo vé cac phuong trinh (2) va (3) ta c6 a — b =2 (5)

Trit vé theo vé cac phuong trinh (2) va (4) tac6 a+b =3 (6)
5
a—b= =5

T (5), (6) c6 he & ; (7)
a+b= h=—

) R
Thay (7) vao (2) suy ra R? = 3 Phuong trinh dudng tron can tim
(+-3) +(-3) =
T — = -=) ==
2 Y73) T2

Vi du 8. Trong mat phang Ozy, viét phuong trinh dudng tron ngoai tiép tam giac ABC ¢6 3

[l

canh dat tréen 3 dudng thang

(A):by=2-2, (A):y=2+2, (A3):y=8—=

L&i giai.

y=x+2 T =
Toa do B: & = B(3;5)
oYy =1 — 2 T =-3
Toa do C & = C(-3;-1)
y=x+2 y=—1
Ta thay (Az) L (Asz) = AABC vuong tai A suy ra BC' la duong kinh ctia dudng tron ngoai tiép
3—3
r=—=0
NABC. Toa do trung diém I ctia BC' la 5 E 1 = 1(0;2),
y = — 2
2

Béan kinh IB? = (3 —0)?+ (5 — 2)? = 18.
Phuong trinh duong tron tam [ ban kinh R = IB la 2 + (y — 2)* = 18. O

K¥ thuat 3. Viét phuong trinh duong tron noi tiép tam giac AABC
Phuong phap:

e Tam la giao diém ciia 2 dudng phan giac trong.
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Saasc

e Ban kinh bang khoang cach tit tam dén 1 trong 3 canh hofic dung cong thiic r = véi
p
AB + BC +CA
Saapc: dién tich AABC, p= + 5 +

Vi du 9. Trong mit phing Oxy, viét phuong trinh dudng tron noi tiép AABC trong dé
A(=1;7), B(4;-3), C(—4;1).

Loi giai.
Ap dung cong thiic phuong trinh dudng thing qua hai diém.
r+1 y—17
AB): = &2 —-5=0
* (4B) iv1T T Ty Y
xr — Y+ Ax--
BC): = & 2 2=0 .
e (BC) _4_14 1+:73 T+ 2y + |
fE"‘ y— 1
AC : = 2 — 9:0 I
CMC): g s e oy l
e Phuong trinh cac dudng phan giac (AB) va (BC) la E
2x+y—5_ix+2y+2 r—y—7=0 -
: =t . 4
Xét f(z,y) =x+y—1, taco f(A).f(C) = =20 < 0 suy ra -3 L
x +y — 1 =0 1a duong phan giac trong ctia goc B. :
e Phuong trinh cédc dusng phan giac (AC) va (BC) la Y I N\
B
2x — 9 2y + 2 r—=3y+7=0
T —y+ :ix+ Y+ N Y

V5 V5 3c4+y+11=0
Xét ham 86 h(z,y) = 3z +y+7, ta c6 h(A).h(B) = 300 > 0 suy ra z — 3y + 7 = 0 la phan giac trong
cua goc C'
Goi I 13 tam duong tron noi tiép AABC, khi dé toa do diém I 1a nghiém ctia he

r+y—1=0 r=—1
I: & = 1(—1;2)
r—3y+7=0 y=2

e Bén kinh r = d(I, (AB)) = ‘2'<_1)\;%2 =5l _ V5.

Phuong trinh dudng tron noi tiép AABC 1a (z +1)* + (y — 2)2 = 5. O

Vi du 10. Trong mit phang Ozy, cho hai dudng thang (A1): 4z + 3y — 12 = 0, (Ay): 4z —
3y — 12 = 0. Viét phuong trinh duong tron noi tiép AABC biét rang cac canh clia tam giac

dat trén truc tung va hai duong théang néi tren.

Lai giai.
Goi A= (A1) N (Ay), B=0yn(A,), C=0yn (Ay).
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dr — 3y —12=0 r=3

Toa do A: & . Vay A(3;0)
dr+3y—12=0 =0

Toa do B: = . Vay B(0;4)
dr+3y—12=0 Y=
x =0 z=0

Toa do C': & . Vay C(0; —4).
dr — 3y —12 =0 y=—4

Ta thdy AABC can tai A nén OA la phan giac trong ctia goc A
Céac duong phan giac cta (BC) va (BA)

4o + 3y — 12 r—3y+12=0
——t s
5 3r+y—4=0
f(A) =16
Xét f(x,y) = —3y+12=0, ta ¢
F(C)=12>0

= f(A).f(C) > 0suy ra dudng phan giac trong ctia goc B la 3z+y—4 =0
Goi I 1a tam duong tron noi tiép AABC, khi d6 toa do diém I 1a nghiem

cua hé
=0 y=0 4
137 & 4 =1 (—;0)
3
z z N ? ) N S 4
Ban kinh r bang khoéng cach tit I dén (BC): r = Ol = |x;| = 3
. s AN, 16
Phuong trinh duong tron can tim (¢): |z — 3 +y° = R O

Dang 3. Viét phuong trinh tiép tuyén ctia dudng tron

Ky thuat 4. Viét phuong trinh tiép tuyén ctia dudng tron tai 1 diém
Phuong phap:

(1) St dung céach viét duong théng qua 1 diém va cé vecto phap tuyén.

(2) St dung cong thitc phan doi toa do

Vi du 11. Trong mat phang Ozy, cho M(2; —1), viét phuong trinh tiép tuyén ctia duong tron

(€): 2® + > + 22 — 6y — 15 =0 (1)

tai diem M.

Loi giai.

Dudng tron () ¢6 tam I(—1;3), ban kinh R = /(=12 +32+15=5

Tiép tuyén tai M la dudng thing qua M va nhan 7 = IM = (4;—4) = 4.(1; —1) = A.n 1am vecto
phap tuyén

l(z—2)—1(y+1)=0x—y—3=0.

U
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Ky thuat 5. Viét phuong trinh tiép tuyén ctia dudng tron ké tir 1 diém
Phuong phap:
Duong thang (A): Az + By + C = 0 tiép xtic véi dudng tron tam I(a;b) ban kinh R

A. B.b
|A.a + —|—C|:R

d(I;A)=R <&
(548) VT I

Vi du 12. Viét phuong trinh tiép tuyén ké tit diem M(3;1) dén dudng tron

(€): 2* +9* —da+2y+2=0.

Loi gii.
e (%) c6 tam I(2; —1), ban kinh R = /3.
Phuong trinh dudng thang (A) qua M c6 dang

a(r —3)+b(y —1) =0 (a* + b* > 0). (2)
e Khoang cach tit diém I dén (A) la

la.(2—3)+b.(-1—-1)] |a+2D|

e (A) tiép xtc véi (¥)

2b
@d:R@MZ\/§<:>(a+2b)2:3(a2+b2)<:>2a2—4ab—b2:0

L 24 bVE
o 2
2b — bv/6
Q= —
2
2 2
* Véi b =1, chon a = +2\/6thayvao(2)cé +2\/6(x—3)+y—1:()
9 _ _
* V6i b =1, chon a = 6thayvao(2)cé 2\/6(x—3)+y—1:0
U
Vi du 13. Cho duong tron (€): f(x,y) =2 +y* +2x —4y=4=0 (1)

1) Viét phuong trinh tiép tuyén ctia (%) ké tit A(3;5).

2) Goi F, F la cac tiép diém clia cac tiép tuyén v6i (¢') ¢ cau 1. Viét phuong trinh dudng
thing FF.

3) Tinh do dai doan thang EF.

L&i giai.
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1) (¥) c¢6 tam I(—1;2) ban kinh R = 1 e Phuong trinh
duong thang (A) qua A ¢6 dang 3 P

alr —3) +b(y —5) =0, (a®*+b*>0) (2)

e Khoang cach tir I dén (A)

la.(—=1—3)+b(2—5)|  |4a + 3b|

e (A) la tiép tuyén cla (%)

d:

[

|4a + 3b| "
Sd=R& ——==1
VaZ+ b2
& (4a + 3b)* = (a® + b*) & 15a® + 24ab + 8b* = 0
(*)
12— 26
aQ=———
Cho b= —1 ta duce (*) < 15a2 — 24a + b= 0 < 15 thay vao (2) ta duge 2 tiép tuyén
(*) 124246 y vao (2) p tuy
a 15
12 - 26 12+ 2v/6
(Al):—\/—(x—3)—y+5:(), (Ag):—\/_(x—B)—y+5:O
15 15
2) Phuong trinh tiép tuyén (A) cta (%) tai (zo;yo) 1a
20T+ Yoy + (xo+2) —2(yo+y) +4=0 (3)

Vi A € (¥) nén toa do diem A nghiém ctia (3)

<:>1:0.3+y0.5+(x0+3)—2(y0—|—5)+4:0<:>4x0+3y0—3:0
hay 4z 4+ 3y — 3 =0 (4)

e Hai diém E, F déu la cac tiép diém clia cac tiép tuyén ké tit A nén (4) 1a phuong trinh dudng

thing FF.
4.(—1 2 — 1
3) GoiH:EFOIA,tac()IHJ_EFsuyra[H:d(I,EF):| (=D +3 3|:—

5 D
N . ‘ 2 2 2 2 2 1 2v/6
Trong ATHE vuong tai H ¢6 HE* =1FE* —IH* = HE* =R —2—5:>HE:T
44/6
Ta ¢6 EFzZHEzT\/_ (dvd)

Vi du 14. Viét phuong trinh tiép tuyén véi duong tron (€): 2 + y? — 4z + 2y + 4 = 0, biét
rang tiép tuyén vuong goc véi duong goc (A): z + 2y + 73 =0

Loi giai.
Tam va ban kinh ctia duong tron (%) la 1(2;—1), R = 1.
Duong thing (A') L (A) = (A): 2z —y+m =0 (1)

22 —1.(1) +m|  |m+ 5|
V5 V5

N 2 / < 4 a 2ot |m+ 5|
e Duong thang (A’) tiép xic véi (¥) & d=R < =

lem=-5++5
V5

Thay vao (1) ta c6 hai tiép tuyén 22 —y — 5 + /5. O

Khoang cach tit I dén (A') 1a d =

Th.s Nguyén Chin Em 102 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3 - Hinh hoc 10

Vi du 15. Cho duong tron (€): (x — 1)% + (y — 3)? = 4 va diéem M (2;4).

1) Viét phuong trinh duong thang (A) di qua M va cat dudng tron (%) tai hai diém A, B sao
cho M la trung diém ctia AB.

2) Viét phuong trinh tiép tuyén véi duong tron c6 he s6 goc k = —1.

L&i giai.

.
o

1) Tam va ban kinh ctia dudng tron (%) la I(1;3), R = 2 Ta c6 M la trung diém ciia AB nén
IM 1 AB. Khi d6 duong thang (A) qua M va nhan IM = (1;1) lam vecto phap tuyén.
Phuong trinh dudng thang (A)

lL(z=2)+1(y—4)=0<2+y—6=0
2) Dudng thang (dy) c6 he s6 goc k = —1 c¢6 dang
(dp):y=—2x+mer+y—m=0 (*)

Dudng thang (dy) tiép xtic véi (€)

|1+ 3—m)|

—2& m—2=2V2
NG \ |

d(I,dy) = R <

e m=44+2V2.

Thay vao (*) ta duge 2 tiép tuyén (di,): 2 +y —4+2V2=0 (dy,): v +y—4—2v2=0

Vi du 16. Viét phuong trinh tiép tuyén ctia duong tron (€): 22 +y? +2x — 4y +4 =0
Biét ring tiép tuyén hop v6i (A): x + 2y + 5 = 0 mot goc 45°.

L&i giai.
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e Duong tron (%) c6 tam y
I(—1;2), ban kinh R =1
Goi (A) L (A =
(A"): 2z —y=0.

e Phuong trinh cac ducng
phan giac (l1),(ls) cua
gboc tao bdi hai duong
thing (A) va (A) la

2y + 5 2r —
rrey+to Y

V5 Vb
(l1):x2—=3y—5=0

(I):3z+y=5=0

e Dudng théng (a) hop véi (A) mot goc 45° khi va chi khi (a) cling phuong véi mot trong hai dudng
théng néi tren.
Xét phuong trinh (a1) || (l1) suy ra (a;) c6 phuong trinh (a;): x —3y+m =0 (1)

. . R . R | —1—32+4m)| |m — 7|
Khoang cach tu (/) dén (a;) l1a d = =
s ( ) ( 1) \/ﬁ \/ﬁ

e Dudng thang (a;) 1a tiép tuyén ciia () khi va chi khi d = R < ’m—\/z_oﬂ =1 m=7+/10.
Thay vao (1) ta c6 hai tiép tuyén la z — 3y + 74+ /10 = 0.

Xét phuong trinh (ag) || (I2) suy ra (ag) c6 phuong trinh (az): 3z +y+m' =0 (2)
e Dudng thang (ay) 1a tiép tuyén ciia (¢) khi va chi khi d = R < % =1<m =1+4/10.
Thay vao (2) ta c6 hai tiép tuyén 1a 3z =y + 14+ /10 = 0. O

Dang 4. Puong tron va su tiép xtc

Puong tron tiép vdi duong thang, duong tron tiép wic vdi duong tron.

Vi du 17. Tim diéu kién ctia a dé dudng thang (A): x + (a — 1)y + a = 0 tiép xtc v6i dudng
tron (€): 2> +y*> —2x + 6y +9 = 0.

Loi gii.
Tam va ban kinh duong tron (%) 1la I(1; -3), R = 1.
Khoang céch tit tam I dén duong thing (A) la
1 =3(a—=1)+al  |2(2-a)
V12 + (a—1)2 V12 + (a—1)?

e (A) tiép xtc véi (€) khi

2(2 -
d=R & 22— o)l =1e42-a) =1+ (a—1)°
1+ (a—1)2
a=3
& 3a°—1da+15=0« 5
a=-
3
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R 5
Vay gié tri a can tim a = 3; a:§. O
Vi du 18. Viét phuong trinh tiép tuyén chung ctia hai duong tron
(61): 2> +y* — 100 + 24y + 65 =0; (65): 2° +y* — 22 — 4y —20 =0
Loi gii.
Tam va ban kinh cta (%)) 1a I,(5; —12), R, =15
Tam va ban kinh cua (%2) 1a I;(1;2), Ry =5
Goi (A) 1a tiép tuyén c6 phuong trinh y = ax +b < ar —y+b=0 (1)
e (A) la tiép tuyén ctia (61)
5 12+0
s d(h,A) =R < % =15& |5a+b+12) =15vVa2 + 1
a
e (A) la tiép tuyén cia (63)
& d(I,A)=R @la_—w—5<:>\a+b—2]—5\/a2+l
2 2 \/m
e (A) la tiép tuyén chung ctia (1) va (%2)
5a+b+12 =15V +1  (|pa+b+12| =3Ja+b—2|
- =
la+b—2|=15va? +1 la+b—2|=5Va®+1
5a+b+12=3(a+b—2) b=a+9 (2
& |ba+b+12=-3a+b—-2) &< |b= —ZGZ?’ (3)
la+b—2|=5Va® +1 la+b—2=5Va2+1 (4)
Thay (2) vao (4) c6
120 + 7| =5Va2 + 1< (2a+7)* = 25(a® + 1)
14 £ 107
@21&2—28a—2420<:)b:T\/_ (5)
B 14 + 107 203 + 107
VOl a = T = b= T
Thay (5) vao (2): 6
y (5) e (2) . la—10v7 203 — 10V/7 )
viig= —— =b= — "~
21 e
Thay (6) vao (1) ta duge 2 phuong trinh tiép tuyén chung la
(14 4+ 10vV7)z — 21y 4 203 + 10v/7 = 0; (14 — 10v/7)z — 21y + 203 — 10v/7 = 0
Thay (2) vao (3) co
2a — 4
|GT’=5 21 1e (2a—3)2=80(a®+1)
& 76a® + 64a + 79 = 0 (v nghiém).
U
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Vi du 19. Trong mit phang Oxy cho hai diem A(2;0) va B(6;4). Viét phuong trinh dudng
tron (%) tiép xtc véi truc hoanh tai A va khodng céch tit tam ctia (¢) dén B bang 5.

Loi giai.
Goi I(a;b) 1a tam cta (€). Ta c6 (%) tiép xtc véi y
truc hoanh tai A

< a = 2 va R = |b| hay phuong trinh cta (%) c¢6
dang

(=2 +(y—b)* =0 (1)
Ta c6 IB* = (6 — 2)? + (4 — b)*. Ma

IB=5¢ 16+ (4 —b)* = 5

b="T7
S (H4-b=9s (2)
b=1

0 b=T7¢c6(6): (x—2)?+(y—7)°>=49
eb=1¢c6(%): (r—22+(y—12=1

Vi du 20. Cho ho dudng tron (6,): 2* +y* — (2m +5)z + (4m — 1)y +4 = 0. (1)
1) Chiing minh (%,,) luon di qua mot diem cd dinh.

2) Tim tat cd cac gia tri ctia m dé (%) tiép xtc truc tung.

Loi giai.
1) Viegt lai (1) &2y —z+1)m+ a2 +y? — b5z —y+4 = 0.

Toa do diém cb dinh ctia (¢7) 1a nghiém ctia hé

{2y—m+1:0 {xz?y—i—l
~

2+ yP—br—y+4=0 5y2 — Ty =0
r=2y+1
r=1;y=0
= y=20 = 19 7
7 rT=—_1 Y=<
_ L 5 5
Y75

) . 1
Vay khi m thay doi, ho (%,,) luon di qua hai diem c¢o dinh A(1;0), B (;, g)
2) Tam va béan kinh cta (%,,) la:

9m — 4
2 ' 2 i 4 tem

_ 2 12
I(2m+5'4m 1>’ R:\/(2m+5) (4m — 1)
|2m + 5|

Khoang céach tit I dén truc tung 1a d = |z;| = 5
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e (¢,,) tiép xtc véi truc tung

9 2 (2 2 (4m — 1)2
S d—Red—p o Znth)  @m4d (m-1)7 ,
1 1 1
V15

(:)16m2:15<:>m::|:T

V15

Vay gia tri m can tim m = &——

4

Dang 5. Chum dudng tron

Ky thuat 6. Viét phuong dudng tron bang phuong phap chim

Phuong phap:

A=DB

1) Phuong trinh cia chum dudng tron xdc dinh bdi truc va duong tron co sd

{mét duong tron co s (€): 2> +y* — 2ax — 2by +c =0 7
a

va truc (A): Ax+By+C =0
2+ —2ax —2by+c+ A Az +By+C)=0

2) Phuong trinh cia cham dudng tron xdc dinh bdi hai duong tron co sd

{(%”1): 224+ y? —2azx —2b1y+c; =0 %
a

(%2): 22 + y* — 2000 — 2byy + 3 =0
Ma? + 9 = 2a12 — 20y + 1) + p(x® + y* — 2a9w — 2bay + ¢2) = 0 (A + p* > 0)

Vi du 21. Viét phuong trinh duong tron di qua A(1; —2) va cac giao diem

(€): 2% +y* — 22 + 4y — 20 = 0 va dudng thing (A): 2 — Ty + 10 = 0.

Loi giai.
e Duong tron (%) c6 tam I(1; —2), ban kinh R = 5.
. ) 1-7(-2)+10 5)
e Khoding cich tir A dén (A) lad = L= 12 +100 5
V50 Vb

Ta thay ring d < R, suy ra (A) cat (%) tai 2 diem. Khi d6 toa do giao diém la nghiém ctia phuong
trinh

2+ 9% — 2z + 4y — 20 + Mz — Ty + 10) = 0 (1)
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e Thay toa do A vao (1) ta dugc

[12 4+ (=2)* +4.(=2) = 20] + m[1 — 7(=2) + 10 =0
&S3dIm—-—45=0&5m =15

Thay m = 15 vao (1) ¢6 phuong trinh duong tron can tim

2?4+ + 132 — 101y + 130 =0

U
Vi du 22. Cho hai duong (61): 22 + y?> — 22 =0; (¥): 2* + y* — 2y = 0.
Viét phuong trinh duong tron qua giao diem ctia (4)) va (%2) va théa man
1) Dia qua A(—1;3).
2) Tiép xiic v6i dusng thing (A): 2z +y+1=0
Loi giai.
1) Tam va ban kinh cta (631), (42) lan lugt 1a I;(1;0), By =1, I,(0;1), Ry = 1
Ta c6 11, = /2 < 2= R, = Ry nén (%)) va (%) cit nhau.
Toa do giao diém ctia (%)) va (%3) 1 nghiém phuong trinh
2 .2 2 2 _ 2 2
a(z® +y* —2x) + bz +y° —2y) =0, (a+b°>0, a+b#0) (1)
Thay toa do diém A vao (1) ta duge 3a = b # 0.
6 2
Chon a = 1, b = 3 thay vao (1) ta dugc 2 + y* — sy = 0 (2)
L aa 2ax 2by
2) Ta bién doi (1) < 22 2 — =0 3
) Ta bién doi (1) < z* +y R (3)

V6i moi (a;b) théa man a?+b? > 0, a+0b # 0 thi (1) 14 phuong trinh dudng tron (%) di qua cac
. b ? b\’
giao diem cua (%)) va (6,) c6 tam [ < ¢ > va ban kinh R = \/< ¢ ) + ( ) =

at+b atb a+b a+b
VaZ 112
la+0b]
2 +L+1'
) 2b
Khodng cach tir I dén (A) Ind = 100 atb | |3at 2
V5 V5|a + bl
e (A) la tiép tuyén cta (€yp)
V@ [3a+ 20|
la + b V/5la + bl
& 5(a® +b?) = (3a + 2b)* < 4a® + 12ab — b* = 0 (4)

Chon b= —2tacé (4) ©a’>—6a—1=0<a=3+/10

a =3+ V10 2(7 4+ 2V/1 4(1 -1
V6i { thay vao (3) ta c6: 22 + y? + (7+ O)a; _ A 0 _ 0.
b= -2 9 9
a=3-vI10 2(7 - 2v/1 41+ 1
Véi {b thay vao (3) ta c6: 22 +y? + 7 5 O)x _ A +9 0) = 0.
=2

O
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(® BAITAPREN LUYEN

Bai 1. Cho dudng tron (€): 22 + 9> — 6z +2y +6 =0

a) Xac dinh tam va ban kinh cta (%)

b) Viét phuong trinh tiép tuyén ctia (¢ xuat phat tiw A(0;1)

Bai 2. Cho dudng tron (¢): x* +y? — 6x — 4y +4 = 0 va A(8; —1).

1) Viét phuong trinh tiép tuyén ctia (¢ xuat phat tur A

2) Goi B, F la cac tiép diém, viét phuong trinh duong thing EF.

3) Tinh do dai EF.

Bai 3. Viét phuong trinh dudng tron qua goc toa do va tiép xic véi 2 duong thing

(A):22+y—1=0; (A): 2z —y+2=0

Bai 4. Viét phuong trinh dudng tron nai tiép tam ABC, biét cac canh tam giac nam trén cic dudng
thing
3t —4y—35=02x—-1=03x+4y—3=0
Bai 5. Goi (%) la duong tron c6 tam I(2;1) tiép xtc véi duong thang (A): bz — 12y + 15 = 0.
Duong thing (A'): 4z + 3y — 8 = 0 cit (¥) tai 2 diem A, B. Tinh dién tich ATAB.
Bai 6. Goi (%) la dudng tron ¢6 dusng kinh AB véi A(—1;0), B(5;0).
Viét phuong trinh tiép tuyén trong cac trudng hgp sau:
1) Tiép tuyén song song véi duong thang (A1): z +y — 1 = 0.
2) Tiép tuyén vuong goc véi dudng thang (A'): 12z + 5y — 50 = 0
3) Tiép tuyén tao mot goc 45° v6i dudng thing 2z +y — 2 =0
Bai 7. Cho duong tron (¢): z* + y? = 25.
a) Viét phuong trinh tiép tuyén véi () ké tit A(1;7). Goi E, F 1a cac tiép diém.
b) Tinh cac goc cia AAEF.
Bai 8. Cho hai duong tron

(G1): 2+ 9y =20 +2y—2=0; (63): 2> +y* -6y =0

1) Chiing minh hai dudng tron (%)) va (%) cit nhau.
2) Viét phuong trinh duong tron di qua M (1;1) va qua giao diém ctia (41) va (%).
3) Viét phuong trinh duong tron qua giao diém (%) va (%) dong thai tiép xtc v6i dudng thing
(A):z+y+1=0

Bai 9. Viét phuong trinh dudng tron (€) di qua A(2; —1) va tiép xtc v6i hai truc toa do.

Dap s6: (61): (x — 1) +(y+1)2=1; (€1): (x —5)*+ (y+5)? = 23
Bai 10. Cho cac duong tron

(€): 2 +y* =1

(Gn): 2* +y* —2(m+ 1) +4my —5=9 (2)
1) Tim quy tich tam cac dudng tron (%;,) khi m thay doi.

2) Chiing minh ring hai dudng tron (é,,,) va (é,,,) tiép xic véi duong tron (¢) ting véi my, ms clia

m.
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3) Viét phuong trinh tiép tuyén chung ctia hai dudng tron (6,,) va (€, ).
Dapsé: 1) 20 +y—2=0;2) (6): 2> +y* -4y —5=0, (m=1);
(6,): x2+y2—1—561:+€y—5:0, (m = g),
3) 22 +y—2+3V5

Bai 11. Cho ho dudgn tron (6,,): 2% +y> —2(m — )z — 2m*y + m* =0 (1)
a) Tim quy tich tam dudng tron ciia (%,,) khi m thay doi.
b) Hay ching t6 rang cac duong tron trong ho luon tiép xic véi mot duong thang c¢b dinh tai diém
c6 dinh. Tim duong thang do.
Dap s6: a) y = 22 — 22 + 1, (z # 0); b) ludn tiép xiic truc tung
Bai 12. Viét phuong trinh duong tron di qua A(0;1) va tiép xic véi Oz. Tim quy tich tam cla
duong tron do
Dap s6: e (z —a)? + (y — b)? = b oyz%(:ﬁ%—l)

Bai 13. Trong cac nghiém ctia bat phuong trinh 522 + 5y — 5z — 15y +8 < 0 (1)
Hay tim ci@ip nghiém c6 2 + 3y nhd nhat.

Dap s6: min (z + 3y) =2
(€y)EP

Bai 14. Trong mat phang Ozy, cho duong thang (A): 3z — 2y — 1 = 0 va dudng tron
(€): (@ +1)"+(y+2)" =2

a) Xéc dinh vi tri tuong déi ctia (A) va (€).

b) Tim trén (A) diém (xo;yo) sao cho x3 + y2 dat gia tri nho nhat.

¢) Tim tréen (%) diém (z1;y;) sao cho 22 + y? dat gid tri nhé nhat, 16n nhat.

P . 1 2
Dap so: a) (A) va (€) cit nhau. b) min (23 + y3) = 3 tai (%, —1—3>

(z,y)EA
) V10 2(v/10 —5) V10 2(V/10+5)
c ) . S
5 5 ’ 5 5

Bai 15. Tim a dé phuong trinh c6 nghiem: z +y + /2z(y — 1) + a
. 1
Dap so: a > )

Bai 16. Trong mit phang Ozy cho ho dudng tron:

(Gn): 2+ —(m—2)z+2my—1=0 (1)

a) Tim tap hgp tam cac dudng tron (%,) khi m thay doi
b) Chitng té6 m thay ddi, cac dudng tron (%,,,) luon di qua 1 diém c6 dinh.
¢) Cho m = 2 va diem A(0; —1). Viét phuong trinh cac tiép tuyén ctia duong tron (%63) ké tir A.

P 21
Dap s6: a) 2r +y+2=0;b) (—2;-1) <g;g>;c)y:1; 120 — 5y —5=0

Bai 17. Trong miat phang Ozy, cho ho dudng cong (6,,) c¢6 phuong trinh
(Gn): 2+ 92 +2(m— 1)z —2(m -2y +m* —8m =13 =0 (2)
1) Tim cac gia tri ctia m dé (%,,) la dudng tron. Tim quy tich tam I ctia dudng tron (%,,) khi m
thay doi.
2) Cho m = 4. Viét phuong trinh cac tiép tuyén ké tu A(1;5) dén (€,).
Dap s6: 1) m < —4hoacm > 2,2 +y+1=0, (x >5hodcz < —1);2) =1, 212+ 72y — 381 =0
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@ BAITAP TRAC NGHIEM
Cau 1. Toa do tam I va ban kinh R ctia dudng tron (C): (x —1)* + (y + 3)> =16 1a

A.I(-1;3),R=4. B.I(1;-3),R=4. C.I(1;-3),R=16. D.I(-1;3),R = 16.
Loi gii.

(C): (x =12+ (y+3)?=16=1(1;-3),R=16 = 4.

Chon dap an OJ
Cau 2. Toa do tam I va ban kinh R ctia duong tron (C): 22 + (y +4)> =5 1a

A.I(0;—-4),R=+/5. B.I(0;-4),R=5. C. 1(0;4), R = /5. D. 1(0;4),R = 5.
Loi gidi.

(C): 2?4+ (y+4)2=5= I(0;—4), R = /5.

Chon dap an @ O
Cau 3. Toa do tam I va ban kinh R ctia duong tron (C): (z + 1) +3* =8 1a

A I(-1;0),R=38. B. I(-1;0),R=64. C. I(-1;0),R=2v2. D.I(1;0),R =2V2.
Loi gidi.
(C): (z+1)2+y?=8=I(—1;0), R = /8 =2V2.

Chon dép an (C) O
Cau 4. Toa do tam I va ban kinh R ctia dudng tron (C): 22 +y?> =9 1a

A. I(0;0),R = 0. B. I(0:0),R=81.  C.I(1;1),R=3 D. 1(0;0), R = 3.
Loi gii.

(C): 22 4+4* =9 = 1(0;0), R =9 = 3.
Chondépén@ 0

Cau 5. Duong tron (O): 2% +y? — 62 + 2y + 6 = 0 c6 tam I va ban kinh R lan lugt 1a

A. I(3;—-1),R=4. B. I(—3;1),R =4. C. I(3;-1),R=2. D. I(-3;1),R =2.
Loi giai.
Ta c6

—6 2
(C):x2+y2—6x+2y+6:0:>a:_—2:3,b:—:—1,c:6

= 1(3-1),R=/32+(-1)2—6=2.

Chon dap an (C) O
Cau 6. Duong tron (C): 22 + y* — 4w + 6y — 12 = 0 ¢6 tam [ va ban kinh R lan lugt la
A. I(2;-3),R=5. B. I(—2;3),R=5. C. I(—4;6),R = 5. D. I(-2;3),R=1.
Li giai.
(C): 2 +y —dr+6y—12=0=>a=2,b=—3,c=—12
= 1(2;-3),R=V4+9+12=05.

Chon dap an @ O

Cau 7. Toa do tam I va ban kinh R ctia duong tron (C): 22 +y* — 4z +2y —3 =0 la
A I(2;-1),R=2V2. B.I(-21),R=2V2. C.I(2;—1),R=38. D. I(—2;1),R = 8.
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L&i giai.
(C):a?+y* 4o +2y—3=0=a=2,b=—1,c=-3
=1(2-1),R=vV4+1+3=2V2.
Chon dap an (A) O
Cau 8. Toa do tam I va ban kinh R ciia duong tron (C): 222 +2y> — 8z +4y — 1 =10 1a
21 V22
A I(-2;1),R = g B. I(2;—-1),R=—~ C.I(4-2),R= V21, D. I(—4;2), R =+/19.
L&i giai.
Ta co:

1
(C): 202 +2* —8r+4y—1=0=2+y* 4o +2y— - =0

2
a=20b=-1
) / 1 22
= 1 =1(2;,-1),R= 4+1+—:£.
= = 2 2
2
Chon dap én O
Cau 9. Toa do tam I va ban kinh R ctia duong tron (C): 16x* + 16y* + 16z — 8y — 11 =0 1a
A. I(-8;4),R=+91. B.I(8-4),R=+91. C.I(-84),R=+69. D. I (—— R=1
Lai giai.
11
111 g <_§;Z>
(C): 1622 4 1692 + 162 — 8y — 11 = 0 & 2% 4 12 tr-gy-15=0= —
B=ViTi6T 16~
Chon dap én@ OJ
Cau 10. Toa do tam I va ban kinh R ctia duong tron (C): 22 +y*> — 10z — 11 =0 1a
A. I(—10;0), R = V111. B. I(—10;0), R = v/89.
C. I(—5;0),R = 6. D. I(5;0), R = 6.
Loi giai.

(C): 2> +y* =102 —11=0= I (-5;0),R=+25+0+ 11 = 6.

Chon dap én@ O
Cau 11. Toa do tam I va ban kinh R ctia duong tron (C): 22 + y? — 5y = 0 1a
D 5 D 5
A. 1(0;5),R = 5. B. [(0;-5),R=5.  C. 1( ) R=3. D.I(O;—E),R:E.
Lo gidi.
) 25 )
(C):x2+y2—5y:O:>I(O;—>,R:\/0—1———0:—.
2 4 2
Chon dap én@ O
Cau 12. Duong tron (C): (z —1)? + (y + 2)? = 25 c¢6 dang khai trién 1a
A (C): 2> +y* —2x+4y + 30 = 0. B. (O): 2 +y*+2x —4y—20=0.
C. (C): 2 +y? —2r +4y — 20 = 0. D. (O): 2* +y? + 2z — 4y + 30 = 0.

L&i giai.
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(C): (2 —1)*+ (y+2)? =25 & 2 + y* — 22 + 4y — 20 = 0.

Chon dap én@ O
Cau 13. Duong tron (C): 22 + y* + 122 — 14y + 4 = 0 ¢6 dang chinh tac 1a
A (O): (z+6)+(y—T7)7= B. (C): (x+6)*+ (y—T7)*=8l.
C. (O): (x+6)*+ (y — 7)* =89 D. (O): (z+6)% + (y — 7)? = V/89.
Lo gidi.
(C):2? +y* + 122 — 14y +4=0= {](_6;7) = (C): (x+6)*+ (y — 7)* = 81.
=v36+49—-4=9

Chon dap an O

Cau 14. Tam cta duong tron (C): 2? + y*> — 10z + 1 = 0 cach truc Oy mot khoang bang
A. —5. B. 0. C. 10. D. 5.
Lo gii.
(C): 2 +y* =102 +1=0=1(5,0)=d(I;0y) = 5.
Chon dap én (D) O

Cau 15. Cho duong tron (C): 22 + y? + 5z + 7y — 3 = 0. Tinh khoang cach tit tam cta (C) dén

truc Oz.

A. 5. B. 7. C. 3,5. D. 2,5.
Loi giai.
5 7 7|07
(C): 2+ +504+Ty—3=0=1(—=;—= ) =d(;02) = |—=| = =
2" 2 2| 2
Chon dap én@ O

Ta thuong giap mot sé dang lap phuong trinh dudng tron
— (€6 tam [ va ban kinh R.
— C6 tam I va di qua diém M.
— C6 duong kinh AB.
— (6 tam I va tiép xtc v6i duong thang d.
— Di qua ba diem A, B, C.
— (€6 tam I thuoc duong thing d va Di qua hai diém A, B.
Di qua A, tiép xic A.
C6 ban kinh R, tiép xic A.
Tiép xic véi A; va As.
— Di qua diém A va Tiép xtic véi A tai M. Tiép xtic v6i hai duong thang A, As.
— Di qua hai diém A, B ¢6 va tiép xic véi duong thang d
Cau 16. Duong tron c6 tam tring véi goc toa do, ban kinh R = 1 ¢6 phuong trinh 1a

A 2+ (y+1)2 =1 B. 22+ =1
C.(x—12+(wy—-1)>%*=1 D. (z+1)?+(y+1)?*=1
Lo gidi.

{I(O;O) ,
(C): = (C): 2" 4+y =1

Chon dap an O
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Cau 17. Dudng tron c¢6 tam I(1;2), ban kinh R = 3 ¢6 phuong trinh la

A 2+ + 20 +4y—4=0. B. 22 +9*+ 22— 4y —4=0.

C.22+y>?—20+4y—4=0. D. 2> +9y*— 22— 4y —4=0.
Loi giai.

1(1;2) 2 2 2, 2
C): =) (z—1)*"4(y—2)° =9z +y —2x—4y—4=0.
R=3

Chon déap an @ O
Cau 18. Dudng tron (C') c¢6 tam I(1; —5) va di qua O(0;0) ¢6 phuong trinh 1a

A (z+1)2+ (y—5)% = 26. B. (x4 12+ (y —5)? = v/26.

C. (x—1)2+ (y +5) = 26. D. (z —1)? + (y +5)> = V26.
Loi giai.

(0): 11:-5) = (C): (=14 (y+5)7*=26
R=0I=26

Chon dép an (C) O
Cau 19. Dudng tron (C) c¢6 tam I(—2;3) va di qua M(2; —3) ¢6 phuong trinh 1a

A (z+2)% 4+ (y—3)? = V52 B. (v —2)2+ (y +3)% = 52.

C. 22 + 9% + 42 — 6y — 57 = 0. D. 2% +y? + 4z — 6y — 39 = 0.
Loi giai.

I1(—2;3)
(C):

R=1IM=1/(2+2)?+(-3-3)2=52
= (O): (x+2)*+ (y—3)? =52
& (C): 2 +y* +4x — 6y —39=0.

Chon dap an @ O
Cau 20. Dudng tron duong kinh AB véi A(3;—1), B(1; —5) c¢6 phuong trinh la
A (z+2)%+ (y—3)2=5. B. (z+1)?*+(y+2)?2*=17.
C. (z -2+ (y+3)2 =5 D. (x —2)2+ (y +3)? = 5.
Loi giai.
1(2;-3)
(C): 1 1 = (C): (= 2"+ (y+3)* =5.
R=-AB=_/(1-32+(-5+12=15
2 2
Chon déap an @ OJ
Cau 21. Dudng tron duong kinh AB véi A(1;1), B(7;5) ¢6 phuong trinh 1a
A 2?2 +y?—8xr—6y+12=0. B. 22 + 9%+ 8z — 6y — 12 = 0.
C. 22+ > +8x+6y+12=0. D. 2?2 +9* -8z — 6y — 12 = 0.
Loi giai.
1(4;3)

R=IA=/(4—-12+(3-1)2=V13
= (O): (z—4)*+(y—3)*=13
s 22+ -8 —6y+12=0.
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Chon dap an @ O
Cau 22. Dudng tron (C) ¢6 tam I(2;3) va tiép xtc véi truc Ox ¢6 phuong trinh 1a

A (z—22+(@y—3)2%=0. B. (z—2?2+(y—3)?%=4

C.(x—2)2+(y—3)*=3. D. (z+2)*+ (y+3)?=09.
Lo giai.

0y {1 = () (-2 4 (g9 =9
R=d(I;0x)=3

Chon dap an @ OJ

Cau 23. Duong tron (C) c¢6 tam I(2; —3) va tiép xtc v6i truc Oy c6 phuong trinh 13
A (z+2)2+ (y—3)*=4. B. (z+2)?2+(y—3)*=09.
C.(z—22%+(y+3)?*=4 D. (z—2)2+(y+3)*=0.
Loi giai.
1(2;-3) ) )
C): = (C):(x=2)"+(y+3)" =4
R=d([;0y) =2
Chon dap an @ O
Cau 24. Duong tron (C) c6 tam I(—2;1) va tiép xiic v6i duong thang A: 3z —4y+5 = 0 c6 phuong

trinh 1a

1
A (z+2)2+(y—1)02=1. B. (z+ )2+(y—12:2—5.
C.(z—22%+@wy+1)=1 D. (x+2)*+ (y—1)2=4.
Loi giai.
I(—2;1)
C): 6 — = (O): (z+27°+(y—1>*=1
(©) R:d([;A):|6 445 _ (C): (z+2)"+(y—1)
V9 +16
Chondépén@ 0

Cau 25. Duong tron (C) c6 tam I (—1;2) va tiép xtc v6i duong thang A: 2 —2y+7 = 0 c6 phuong

trinh 1a

4 4
A.(m+1)2—|—(y—2)2:2—5. B. (x+1)2+(y—2)2:g.
2
C.(z+1)2+(y—2?2=—. D. (x+1)*+ (y — 2)* =5.
(x+ 1)+ (y—2) 7 (x+1)°"+(y—2)
Loi giai.
1(—1;2) 4
(C): -1 —4+7| 9 = (C): (x+1)°+(y—2)?°=-.
R=d(L;A) =" =" g
Vil B
Chondépén O
Cau 26. Tim toa do tam I ctia dudng tron di qua ba diem A(0;4), B(2;4), C(4;0).
A. 1(0;0). B. 1(1;0). C. 1(3;2). D. I(1;1).
Loi giai.
16+8+c=0 a=—1
ABCe(0):a*+y* +2ar+2by+c=0<204+4a+8 +c=0<<b=-1=1(1;1).
164+8a+c=0 c=—8
ChQﬂdépéﬂ@ O
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Cau 27. Tim ban kinh R ctia dudng tron di qua ba diém A(0;4), B(3;4), C(3;0).

)
A R=5. B. R=3. C. R=10. D. R=.
Lo gii.
B—Z: —3;0 —0)2 — A2
BA=(30) | pa oo p=AC_VB-0P+(0-42 5
BC = (0;—4) 2 2 2
Chon dap én (D) O
Cau 28. Duong tron (C) di qua ba diém A(—3; —1), B(—1;3) va C(—2;2) ¢6 phuong trinh 13
A 2?4y —4x +2y—20=0. B. 22+ 9?4+ 22—y —20=0.
C. (z+2)?+ (y—1)*=25. D. (z—2)*+ (y+1)* =20.
Lai giai.

10 —6a—2b+c=0 a=—2
A B,Ce(C): 2 +9y? +2ax+2by+c=010-2a+6b+c=0 < b=1
8—4da+4b+c=0 c = —20.
Vay (O): 2% + y? — 4dx + 2y — 20 = 0.
Chondépén@ O

Cau 29. Cho tam giac ABC ¢6 A(—2;4), B(5;5), C(6; —2). Dudng tron ngoai tiép tam giac ABC
c6 phuong trinh la

A 22 +y*— 22—y +20=0. B. (z —2)?+ (y — 1)? = 20.
C. 22 +y*—4x — 2y +20=0. D.2?+y*—4x — 2y —20=0.
Loi giai.
20—4a+8b+c=0 a=—2
A B, Ce(C): a2+ y*+2ax+2by+c=0< <50+ 10a+10b+c=0 <= b= —
404+ 12a —4b+c=0 c= —20.

Vay (C): 2* +y? — 4z — 2y — 20 = 0.
Chon dap z’m@ O

Cau 30. Cho tam gidc ABC ¢6 A(1;—2), B(—3;0), C(2;—2). Tam giac ABC noi tiép duong tron
¢6 phuong trinh 1a

A 22+ 42+ 32+ 8y +18 =0, B. 2° +y* —3r — 8y — 18 = 0.
C. 2% +y* -3z -8y +18 = 0. D. 2* +y* + 3z + 8y — 18 = 0.
Loi giai.
542a—4b+c=0 a:—g

AB,Ce(0):a*+y* +2ar+2by+c=0<9—6a+c=0 S p— g
8+4a—4b+c=0 c = —18.

Vay (C): 2* +y? — 3z — 8y — 18 = 0.
Chon dap én O

Cau 31. Dudng tron (C) di qua ba diém O(0;0), A(8;0) va B(0;6) c¢6 phuong trinh 1a

A (z—4)%+ (y—3)? = 25. B. (z+4)*+ (y + 3)* = 25.
C.(z—4)2%*+(y—3)2=5. D. (z+4)*+ (y+3)*=5.
L&i giai.
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I(4;
0(0;0), A(8;0), B(0;6) = OA L OB = | 7?;)13 = (O): (x—4)*+ (y — 3)* = 25.
R = - = 5
Chon déap an @ ]
Cau 32. Dudng tron (C) di qua ba diém O(0;0), A(a;0), B(0;b) c6 phuong trinh 1a
A. 2?2 +y? — 2ax — by = 0. B. 22 +y* —ax — by + 2y = 0.
C. 22 +y*—ax — by =0. D. 2?2 —y? —ay + by = 0.
Loi giai.
Ta co

R_AB_\/a2+b2
22
2 b\ 2 2 4 2
= (O): <x—g> +(y—§) =2 I & (C):2® +y* —ar —by =0.
Chondépén@ O

Cau 33. Duong tron (C) di qua hai diém A(1;1), B(5;3) va c¢6 tam I thudc truc hoanh c¢6 phuong

trinh 1a

A. (z+4)? +y* = 10. B. (z —4)* 4+ y* = 10.
C. (:U—4)2—|—y2:\/1—0. D. (w—|—4)2+y2:\/1_0.
Loi giai.
a=4
I(a;0) = [A=IB=R& R*=(a—1)>+1°=(a—5)>+3*= < 1(4,0)
R? =10.

Vay dudng tron can tim la (z — 4)% + y? = 10.
Chon dap an O
Cau 34. Duong tron (C) di qua hai diém A(1;1), B(3;5) v& c6 tam I thudc truc tung c6 phuong

trinh la

A 2+ —8y+6=0. B. 2%+ (y — 4)> =6.
C. 22+ (y+4)?%*=6. D. 2?2 +9*+4y+6=0.
Loi giai.
a=4
I(0;a) = IA=IB=R& R =1"+(a—1)?=3"+ (a —5)* = { 1(0;4)
R? = 10.

Vay dudng tron can tim la 22 + (y — 4)? = 10.

Chon déap an OJ
Cau 35. Duong tron (C) di qua hai diém A(—1;2), B(—2;3) va c¢6 tam [ thuoc dudng thang
A :3x —y+ 10 = 0. Phuong trinh ctia dusng tron (C') la:

A (2432 + (y—1)?2 =5 B. (z —3)2+ (y+1)2 = /5.
C.(z=3)+(y+1)3?=5 D. (z+3)2+(y—1)2=
Loi giai.
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Ta c6: I € A = 1 (a;3a+ 10).

IA=IB=R & R’=(a+1)°+Ba+8)°=(a+2)°+ 3a+7)°

a=—3
& < 1(-3;1)
R*=5.

Vay dudng tron can tim 1a: (z + 3)° + (y — 1) = 5.

Chon dap an @ O
Cau 36. Duong tron (C) c6 tam I thuoc dudng thang d : x + 3y + 8 = 0, di qua diem A (—2;1) va
tiép xtc v6i duong thiang A : 3z — 4y + 10 = 0. Phuong trinh ctia duong tron (C) la:

A (z-2)%+(y+2)° =25 B. (45 + (y+1)° = 16.
C. (z+2°+(y+2°=09. D. (x — 1) + (y + 3)* = 25.
Loi giai.

Dé thay A € A nén tam I ctia duong tron nim trén duong thing qua A vuong goc véi A la
dr +3y+5=0 r=1 I(1;-3)
= =
T3y +8=0 R=1IA=5
Vay phuong trinh dudng tron 1a: (z — 1)° + (y + 3)* = 25.
Chon dép an (D) O

A’:4x+3y+5:0:>I:A’ﬂd:{
y=—3

Cau 37. Duong tron (C) ¢6 tam I thuoe dudng thing d : 24 3y —5 = 0, ban kinh R = 2v/2 va tiép
xtic véi dudng thang A : z —y — 1 = 0. Phuong trinh ctia dudng tron (C) 1a:
A (z41)°+ (y—2)* =8 hoic (z — 5)° + y* = 8.

. ( )2 <y )2—8hoac ($+5)2+y2:8

C. (z—1)%+ (y+2)* =8 hodc (x — 5)% +y* = 8.

-(x_l)z (y+2)2—8hoéc(:p—|—5)2+y2:8.
Loi giai.
ITed=T1(5-3aa)=d[[;A]=R=2/2¢ [4-dal _, 5. [ =0 [I(5;0)

V2 a=2 |I(-1;2).

Vay cac phuong trinh duong tron la: (93—5)2+y2 — 8 hoiic (1’+1) +(y—2)2 _3
Chon dap én@ -

Cau 38. Duong tron (C) c6 tam I thudc duong thang d : # 4+ 2y — 2 = 0, ban kinh R = 5 v tiép
xtic v6i duong thang A : 3z — 4y — 11 = 0. Biét tam I c6 hoanh do duong. Phuong trinh ciia dudng
tron (C) la:

A (z+8)°+ (y—3)° =25.
B. (z—2)"+ (y+2)> =25 hoiic (z+8)>+ (y—3)> =25
C. (z+2)°+ (y—2)%=25hoic (z —8)° + (y+3)° =25
D. (v —8)° + (y +3)> = 25.

Loi giai.

ITed=1(12-2aa),a<1=d[[;A]=R=5
1
a=-
=5& 2 =1(8-3).
a=—3

|10a + 5|
<5
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Vay phuong trinh dudng tron 1a: (z — 8)* + (y 4+ 3)* = 25.
Chon déap an @ OJ

Cau 39. Duong tron (C) c¢6 tam I thuoc dudng thang d : x + 5y — 12 = 0 v& tiép xtc véi hai truc
toa do c6 phuong trinh la:

A. (:p—2)2+(y—2)2:4

B. (z-3)"+(y+3)" =

C.(z—2)°+(y—2)°=4hoic (. —3)°+ (y+3)°=9.

D. (z —2)°+ (y —2)> =4 hoic (z +3)° + (y — 3)* = 0.
Loi giai.

Ied=1(12—5a;a) = R=d[I;0z] =d[I;0y] = |12 — ba| = |a|
a=3=1(-3;3),R=3
=
a=2=1(2;2),R=2.
Vay phuong trinh cac dudng tron la : (x — 2)* + (y — 2)> = 4 hosic (x + 3)2 +(y—3)7°=0.
Chon dap an @ [l
Cau 40. Duong tron (C) c6 tam I thuoc duong thing A : x = 5 va tiép xic v6i hai dudng thang
di:3z—y+3=0,dy: 2 —3y+9=0 c6 phuong trinh la:

A. (z—5)%+ (y+2)* =40 hoic (z — 5)° + (y — 8)* = 10.
B. (z—5)*+ (y +2)° = 40.
C. (z—5)"+ (y —8)* =10,
D. (z —5)2 4 (y — 2)2 = 40 hodic (z — 5)* + (y + 8)% = 10.
Loi giai.
Ta co:

\18—@\ |14 — 3al

ITeA=1(5a)= R=d[l;d]=d[[;dy] = /0 /10

a=8=1(58),R=+10
a=—2=1(5-2),R=2V10.

=

Vay phuong trinh céc duong tron: (z — 5)* + (y — 8)* = 10 hodc (z — 5)% + (y + 2)* = 40.
Chon dap an @ O

Cau 41. Duong tron (C) di qua diém A (1; —2) va tiép xtc véi duong thang A : x —y + 1 = 0 tai
M (1;2). Phuong trinh ctia duong tron (C) la:

A (z—-674y2=29. B. (z—-52+32=20. C. (z—4)"+4y>=13. D.(z—3>+13>=8.
Loi giai.
Tam [ cta dudng tron nim trén dudng thang qua M vuong géc véi Ala Atz +y—3 =0 =
I(a;3—a).

1(3;0
Ta c6: R2:IA2:IM2:(a—1)2+(a—5)2:(a—1)2+(a—1)2<:>a:3:>{Ri ) = (0) :
=38
(x =3 +y* =8
Chondépén@ O

Cau 42. Duong tron (C) di qua diém M (2;1) va tiép xtic v6i hai truc toa do Oz, Oy c6 phuong
trinh la:
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2 2

A. (z—1)"+ (y—1)"=1hodc (z —5)* + (y — 5)* = 25.
B. (z+ 1724 (y+1)> =1 hodc (z +5)% + (y + 5)* = 25.
C. (zr—5)°+(y—5)° = 25.
D. (z—-1)°+(y—1)7=1

Loi giai.

Vi M (2;1) thuoc goc phan tu (I) nen A (aja),a > 0. Khi d6: R =a? = IM? = (a — 2)*> + (a — 1)
a=1=1(1;1),R=1=C:(z—-1)0+@y-17°=1
a=5=1(55),R=5=C:(x—5)7"+(y—5)7=25

Chon dap an @ 0

Cau 43. Duong tron (C) di qua diém M (2; —1) va tiép xic véi hai truc toa do Oz, Oy c6 phuong

trinh la:

A (z—1)2+(y—1)2=1hoidc (z +5)* + (y — 5)° = 25.

B.(z— 1)+ @y+1)7°=1

C. (zr—5)°+(y+5)° =25

D. (z— 1%+ (y+1)*=1hoac (z —5)* + (y + 5)* = 25.
Loi giai.

Vi M (2; —1) thuoc goc phan tu (IV) nén A (a; —a),a > 0. Khi do:
a=1=I(1;-1),R=1=>C:(z—-1>+y+1)7=1
a=5=1(5;-5),R=5=C:(z—5)7"+ (y+5) =25
Chondépén@ O

R=a>=IM?>=(a—2"+(a—1)]° <

Cau 44. Duong tron (C) di qua hai diém A(1;2), B(3,4) va tiép xic v6i dudng thang A : 3z+y—3 =
0. Viét phuong trinh duong tron (C'), biét tam cta (C) c¢6 toa do 1a nhiing sd nguyen.

A 22+ —32—Ty+12=0. B. 22 +y?—6x —4y+5=0.
C. 224+ y*>—8x—2y—10=0. D. 2° +y* — 2z — 8y + 20 = 0.
Loi giai.

AB:z —y+1=0, doan AB c6 trung diem M (2;3) = trung tryc ctia doan AB la
d:z+y—5=0=1(a;5—a),a €Z.

20 + 2
Tac():R:IA:d[I;A}:\/(a—1)2+(a—3)2: | iL/—liO | sSa=4=1(41),R=+/10.
Vay phuong trinh duong tron la: (z —4)° + (y — 1) =10 < 22+ 2 — 8z — 2y + 7 = 0.
ChQﬂdépéH@ O

Cau 45. Duong tron (C) di qua hai diem A (1;1), B (3;3) va tiép xtc v6i duong thang A : 3x —
4y + 8 = 0. Viét phuong trinh duong tron (C), biét tam ctia (C') ¢6 hoanh do nhé hon 5.

A 22+ 2y% — 4z —8y+1=0. B. (z+3)°+(y—2)° =5.
C. (z+5)7+ (y+2)*=5. D. (z —5)° + (y — 2)* = 25.
Loi giai.

AB:z—2y+5=0, doan AB c6 trung diém M (1;2) Phuong trinh dudng trung tric ctia doan AB
lad:2c4+y—4=0=1(a;4—2a),a <5.

Taco R=IA=d[[;A] = \/(a+1)2+(2a—3)2:T_<:>a—
Vay phuong trinh dudng tron 1a: (z — 3)° + (y + 2)* = 25.

Chon dap an @ [l

Cau 46. Cho phuong trinh 22 +y% —2ax —2by +c =0 (1). Diéu kién dé (1) la phuong trinh dudng
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tron la:
A a® -V >c B. a®> +1* > c. C. a2+ <ec D.a> -V <ec.
Loi giai.
Suy ra tit Iy thuyét
Chon dap an O
Cau 47. Trong cac phuong trinh sau, phuong trinh nao la phuong trinh cia mot ducng tron?
A 42?2 + 9y — 100 — 6y — 2 = 0. B. 224+ y?> 22— 8y +20=0.
C.224+2y> —4r —8y+1=0. D. 2% + 9% — 42+ 6y — 12 = 0.
Loi giai.

Xét phuong trinh dang : 2% + 32 — 2ax — 2by + ¢ = 0, lan lugt tinh cac hé s6 a, b, ¢ va kiém tra dicu
kien a®> + 0% — ¢ > 0.

e Xét phuong trinh: 22 + 92 — 42+ 6y —12=0=a=2,b= -3, c=—12=a> +b? —c > 0.

e Cac phuong trinh 42? + y? — 102 — 6y — 2 = 0, 2% + 2y? — 42 — 8y + 1 = 0 khong c6 dang da néu

nén loai.
e Phuong trinh 2?2 + 3? — 22 — 8y + 20 = 0 khong théa man diéu kien a? + b* — ¢ > 0.
Chon déap an @ OJ
Cau 48. Trong cac phuong trinh sau, phuong trinh nao la phuong trinh ctia mot dusng tron?
A 2?2+ + 20 —4y+9=0. B. 22 +9*— 62 +4y+13=0.
C. 222+ 2y> —8xr — 4y — 6 =0. D. 5z +4y*+x—4y+1=0.
Loi giai.

Loai cac dap an 522 +4y? +x — 4y + 1 = 0 vi khong c6 dang 2% + y? — 2ax — 2by + ¢ = 0. Xét dap an
>+ 4+ 22 —4dy+9=0=a=-1,b=2,c=-9=a>+b?—c < 0= loai

Xét dap an

2+ y? —6x+4y+13=0=>a=3,b=—-2,c=13=a’>+ V> —c <0 = loai.

Xét dap an

a=2
202 + 2> —8r —4dy—6=0 22 +y* —4r -2y —-3=0=<b=1 =a*+b—c>0.
c=—-3
Chon dap an @ O
Cau 49. Trong cac phuong trinh sau, phuong trinh nao la phuong trinh cia mot duong tron?
A 2?2+ —2—y+9=0. B. 22 +9y*—2=0.
C. 224+ y?—22y—1=0. D. 2?2 —y?*—22+3y—1=0.
Loi giai.

Loai cac dap an 22+y*—2zy—1 = 0 va 22 —y?—22+3y—1 = 0 vi khong c6 dang 22 +y*—2ax—2by+c =
0.

1 1
Xét dap z’mx2+y2—x—y+9:():>a:é,b:§,c:9z>a2+b2—c<0:>loai.
1
Xét dap én:v2+y2—:ﬁ20:>a:é,b:c:O:>a2+b2—c>0.
Chon dap an O
Cau 50. Trong cac phuong trinh sau, phuong trinh nao khéng phai la phuong trinh ctia duong
tron?
A 2?2+ —2+y+4=0. B. 2?2 + 4> - 100y +1 = 0.
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C. 22442 -2=0. D 22 +9y*>—y=0.
Loi giai.
Xétx2+y2—x+y+4:0:>a:%,b:—%,c:4:>a2+62—c<0.
Céac dap an con lai cic hé s6 a, b, ¢ théa man a® + b* — ¢ > 0.
Chon dap an (A) O

Cau 51. Cho phuong trinh 2% + y? +2mz +2(m — 1)y +2m? = 0 (1). Tim diéu kién ctia m dé
(1) 1a phuong trinh duong tron.

1
A m< - B.m< C.m>1. D.m=1.

1
2 2
L&i giai.

Taco: 22 +y> +2mz+2(m—Dy+2m*=0=<b=1—m

2 2 _ _ 1
=a°+b—c>0& 2m—|—1>0(:)m<2.

Chon dap an @ 0

Cau 52. Cho phuong trinh 22 4+ 4? —2mz —4(m —2)y+6—m =0 (1). Tim diéu kién ctia m dé
(1) 1a phuong trinh duong tron.

A.meR. B. m € (—o0;1) U (2;4+00).
1
C. m € (—o0; 1] U [2; +00). D. mE( ,§> (2; +00).
Loi giai.
a=m

Taco: 2 +y* —2mz —4(m—2)y+6—m=0=< b=2(m—2)

m <1
=+ —-c>05m?—15m+10>0<
m > 2.

Chon dép an (B) O

Cau 53. Cho phuong trinh 22 + 4% — 22+ 2my+10 =0 (1). C6 bao nhiéu gia tri m nguyén duong
khong vugt qua 10 dé (1) 1a phuong trinh ctia dudng tron?

A. Khong c6. B. 6. C. 7. D. 8.
Loi giai.
a=1
m < —3
Taco: 22+ 9> —20+2my+10=0=<b=—-m=a*+0—-c>05m*-9>0&
m >3
c=10
S m=4;5...;10.
ChQﬂdépéH@ O

Cau 54. Cho phuong trinh 22 +4? — 8z + 10y +m =0 (1). Tim diéu kién ctia m dé (1) la phuong
trinh duong tron c6 ban kinh bang 7.

A . m=4 B. m=8. C. m=8. D. m=4.
Loi giai.

Th.s Nguyén Chin Em 122 https: //emncischool.wixsite.com /geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3 - Hinh hoc 10

a=4
2+’ —8r+10y+m=0=b=-5=d>+0—c=R*=49 & m=-8.
c=m
Chondépén@ OJ
Cau 55. Cho phuong trinh 22+ 42 —2(m+ 1) o +4y —1=0 (1). V6i gia tri ndo ctia m dé (1) 1a
phuong trinh duong tron c6 ban kinh nhé nhat?
A.-m=2 B.m=-1. C.m=1. D.m=-2.
Loi giai.
a=m+1
Taco: 22 +y> —2(m+ 1Dz +4y—1=0=> b= -2
c=—1
= R=a>+bV-—c=m+1)°+5=>Rum=5=m=—1.

Chon dap an O
Cau 56. Phuong trinh tiép tuyén d ctia dudng tron C : (z +2)* + (y + 2)° = 25 tai diém M (2;1)

la:

Ad:—y+1=0. B.d:4z +3y+14=0.
C.d:3x—4y—2=0. D.d:4z+3y—11=0.
Loi giai.

Duong tron (C) ¢6 tam I (—2; —2) nén tiép tuyén tai M c¢6 VIPT la 77 = IM = (4;3) nén c6 phuong
trinh la: 4(x —2)+3(y—1)=0<4x + 3y — 11 =0.
Chon dap an @ O

Cau 57. Cho dudng tron (C) : (z — 1)* + (y + 2)* = 8. Viét phuong trinh tiép tuyén d ctia (C) tai
diém A (3;—4).

Ad:z+y+1=0. B.d:x—2y—11=0.
Cdix—y—-7=0. Ddix—y+7=0.
Loi giai.

Duong tron (C') c¢6 tam I (1; —2) nén tiép tuyén tai A c6 VIPT la 7 = TA = (2;-2).
Nén ¢6 phuong trinh la: 1 (z —3) —1(y+4) =0z —y—7=0.
Chon dap an @ O

Cau 58. Phuong trinh tiép tuyén d ctia dudng tron (C) : 22 +4? — 3x —y = 0 tai diém N (1; 1)
la:

Ald:z4+3y—2=0. B.d:z—3y+4=0. C.d:x—3y—4=0. D.d:x2+3y+2=0.
Lo giai.

N P 2 PN 3 ]- ~ L £ . P < —> s _1 _3
Duong tron (C) c¢6 tam [ 375 ) nén tiep tuyen tai N ¢6 VIPT la m = IN = 55 )
Nén c¢6 phuong trinh la: 1 (z — 1) +3(y+1) =02+ 3y+2=0.
Chon dap én@ O

Cau 59. Viét phuong trinh tiép tuyén cia duong tron (C) : (z — 3)> + (y + 1)* = 5, biét tiép tuyén
song song véi dusng thang d : 2o +y + 7 = 0.
A 2x+y+1=0hoac2x+y—1=0. B. 22 +y =0 hodc 2z +y — 10 =0.
C.2x+y+10=0 hoac 2z +y — 10 = 0. D. 22 4+ y =0 hoac 2z +y + 10 = 0.
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Loi giai.
Dudng tron (C) ¢6 tam I (3;—1), R = /5 va tiép tuyén c6 dang A : 2z +y +c=0(c #7).
) lc + 5| c=0
Taco R=d[[;A] & =V5e
V5 ¢ = —10.
Chon dap én O

Cau 60. Viét phuong trinh tiép tuyén ctia duong tron (C) : 2% + y? + 4z + 4y — 17 = 0, biét tiép
tuyén song song véi dudng thang d : 3z — 4y — 2018 = 0.

A. 3x — 4y + 23 = 0 hoac 3z — 4y27 = 0. B. 3z — 4y + 23 = 0 hoac 3z — 4y + 27 = 0.

C. 3z — 4y — 23 = 0 hoac 3z — 4y + 27 = 0. D. 3z — 4y — 23 = 0 hoac 3x — 4y — 27 = 0.
Loi giai.
Duong tron (C) ¢6 tam I (—2;—2), R =5 va tiép tuyén c¢6 dang A : 3z — 4y + ¢ = 0 (¢ # —2018).
le + 2] e c=23

c= —27.

Chon dap an (A) O

Taco R=d[[;A] &

Cau 61. Viét phuong trinh tiép tuyén ctia duong tron (C) : (x — 2)°+ (y — 1)* = 25, biét tiép tuyén
song song véi duong thang d : 4o + 3y + 14 = 0.

A 4z +3y+14=0hodicdr +3y —36=0. B.4r+3y+14=0.

C. 42+ 3y — 36 =0. D. 42 + 3y — 14 = 0 hoac 4x + 3y — 36 = 0.
Loi giai.
Duong tron (C) ¢6 tam I (2;1), R =5 va tiép tuyén c6 dang A : 4z + 3y +c=0(c # 14).
lc+ 11 N c=14

c = —306.

Chon dap an @ OJ

Taco R=d[I;A] &

Cau 62. Viét phuong trinh tiép tuyén ctia duong tron (C) : (z — 2)°+ (y + 4)* = 25, biét tiép tuyén
vuong géc véi duong thing d : 3z — 4y + 5 = 0.

A. 423y + 5 = 0 hoac 4x3y45 = 0. B. 42+ 3y+5=0hoac 4z + 3y +3 =0.

C. 4z + 3y +29 =0. D. 4z + 3y + 29 = 0 hoac 4x + 3y — 21 = 0.
Loi giai.
Duong tron (C) ¢6 tam I (2;—4), R =5 va tiép tuyén c¢6 dang A : 4o + 3y + ¢ = 0.

|C—4| c=29
Taco R=d[[;Al] & —— =)<
5 c=—21.

Chon dap én@ O

Cau 63. Viét phuong trinh tiép tuyén ctia duong tron C : 22 +y? + 42 — 2y — 8 = 0, biét tiép tuyén
vuong goéc véi duong thang d : 2¢ — 3y + 2018 = 0.

A 3242y —17=0 hoac 3z +2y — 9 = 0. B. 3z +2y+ 17 =0 hoac 3z + 2y + 9 = 0.
C. 3x+2y+ 17 =0 hoac 3x +2y — 9 =0. D.3x+4+2y—17=0 hoac 3z +2y +9 =0.
Loi giai.
Duong tron (C) c6 tam I (—2;1), R = /13 va tiép tuyén c6 dang A : 3z + 2y +c = 0.
) . le—4] c=17
Taco R=d[[;A] & 73 =13 < S
Chon dép an (C) O
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Cau 64. Viét phuong trinh tiép tuyén ctia duong tron (C) : 2% + y? — 4w — 4y + 4 = 0, biét tiép

tuyén vuong géc véi truc hoanh.

A x=0. B. y=0hoacy—4=0.
C.z=0hoacxr—4=0. D.y=0.
Lo giai.
Duong tron (C) ¢6 tam I (2;2), R =2 va tiép tuyén c6 dang A : x + ¢ = 0.
Taco R=d[[;Al & |c+2| =2« ¢=0
c=—4.
Chondépén@ O

Cau 65. Viét phuong trinh tiép tuyén A cia dudng tron (C) : (z —1)° + (y +2)° = 8, biét tiép
tuyén di qua diém A (5; —2).

A A:z—-5=0. B A:x2+y—3=0hoac A:x—y—-7=0.
C.A:x2—5=0hoacA:z4+y—3=0. D A:y+2=0hoaicA:x—y—7=0.
Lai giai.

Duong tron (C) c6 tam I (1;—2), R = 2v/2.
Tiép tuyén c6 dang A : ax + by — 5a + 20 = 0 (a® + b* # 0).

4 a=b=>a=0b=1
Tacé:d[I;A]:R@l:%/i@aQ—bQ:O@
Va2 + b? a=-b=>a=10=—1.
Chondépén OJ

Cau 66. Viét phuong trinh tiép tuyén A cia duong tron C : 22 + y? — 4o — 4y + 4 = 0, biét tiép
tuyén di qua diém B (4;6).
A . A:x—4=0hoac A:3z+ 4y — 36 =0. B A:x—4=0hoacA:y—6=0.
C.A:y—6=0hoac A:3x+4y — 36 =0. D. A:x—4=0hodc A:3x—4y+ 12 =0.
Lo giai.
Duong tron (C') ¢6 tam I (2;2), R = 2 va tiép tuyén c6 dang A : ax +by —4a —6b = 0 (a® + b* # 0).

|2a + 4b| b=0=a=1,b=0
Taco:d[[;Al=Re& ——=2<b03b+4a) =0<

Va2 + b? 3b=—4a = a=3,b= —4.
Chondépén@ O

Cau 67. Cho duong tron (C) : (z 4+ 1)> + (y — 1) = 25 va diém M (9; —4). Goi A 1a tiép tuyén cia
(C), biét A di qua M va khong song song véi cac truc toa do. Khi dé khoang cach tit diem P (6;5)
dén A bang:

A V3. B. 3. C. 4. D. 5.
Loi gidi.
Duong tron (C) ¢6 tam I (—1;1), R =5 va tiép tuyén c¢6 dang A : ax + by — 9a + 4b = 0 (ab # 0) .
10a — 5b
Tacé:d[I;A]:R@w:5®a(3a—4b):O(:)3a:4b:>a:4,b:3:>A:
Va? + b
C[24415—24]

x4+ 3y —24=0.d[P;A] - 3,
Chon dap an O
Cau 68. C6 bao nhieu duong thang di qua goc toa do O va tiép xtc v6i duong tron (C) : 22 4y —
2% + 4y — 11 = 07

A. 0. B. 2. C. 1. D. 3.
Loi giai.
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Dudng tron (C) c¢6 tam I (1;—2),R = 4 = OI = /5 < R =khong c6 tiép tuyén nao ctia dudng
tron ké tu O

Chon dap an @ 0
Cau 69. Cho duong tron (C) : (z —3)° 4+ (y +3)° = 1. Qua diém M (4; —3) c6 thé ké duge bao
nhiéu dudng thang tiép xtc véi dudng tron (C')?

A. 0. B. 1. C. 2 D. V6 sb.
Lo gidi.
Vi M € (C) nén c6 dung 1 tiép tuyén ctia duong tron ké tiw M
Chon dap an @ O
Cau 70. C6 bao nhieu duong thing di qua diém N (—2;0) tiép xtc véi dudng tron (C) : (x — 2)* +
(y+3)° =47

A. 0. B. 1 C. 2. D. V6 sb.
Loi gii.

Duong tron (C) c¢6 tam I (2;—3),R =2 = IN = /16 +9 = 5 > R = ¢6 ding hai tiép tuyén ctia
duong tron ké tir V.
Chon dép an (C) O
Cau 71. Trong mat phang Oxy, cho duong tron (C): 2 +y* — 2x — 6y + 6 = 0. Dudng thing d di
qua M (2;3) cat (C) tai hai diem A va B. Tiép tuyén ciia dudng tron tai A va B cit nhau tai E.
Biét Sapp = % va phuong trinh duong thang d ¢6 dang ax —y + ¢ = 0 v6i a,c € Z, a > 0. Khi do
a + 2c¢ bang

A 1 B. —1. C. 4. D. 0.
Lo gii.

Taco M(2;3) ed=2a—3+c=0=c=3-2a.
(C): 22 +y? — 22 — 6y + 6 = 0 c6 tam O(1;3) va ban kinh R = 2.

a 0OA?  4vVa2+1 3a° 4+ 4
OH =d(0,d) = —— = OF = — v HE = 21—
’ \/&2—1—1 OH a a,/a2_+_1
A — OA° — O = S04 gy _ V32 +4
a?+1 a2 +1
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32
Do Sigg = g nén

32 362 4+4  3a®>+4 32

AH HE = — & . — 22
) vaz+1 ava?+1 )

< 54/ (3a% +4)3 = 32ava® + 1

& 25(3a® 4+ 4)° = 1024a*(a® + 1) (1)

Dit t = a? thi (1) & —349¢3 4 652t* + 2576t + 1600 =0 &t =4 a=2=c= —1.
Vay a + 2c = 0.

Chon dap an @ O
Cau 72. Duong tron c6 phuong trinh: 22 + y? + 22 — 4y — 4 = 0 ¢6 tam va ban kinh 1

A. Tam I (—1;2), ban kinh R =9. B. Tam I (2; —4), ban kinh R = 9.

C. Tam [ (—1;2), ban kinh R = 3. D. Tam I (1;—2), ban kinh R = 3.
Loi giai.
Taco x> +y* +2r —4dy—4=0%& (v +1)*+ (y —2)* = 9. Vay tam I(—1;2), ban kinh R = 3.
Chon dap an @ O

Cau 73. Trong mit phang Ozy, cho dudng tron (C): 22 + y? — 22 — 6y + 6 = 0. Duong thang (d)
di qua M (2;3) cit (C) tai hai diém A va B. Tiép tuyén ctia dudng tron tai A va B cit nhau tai E.
Biét Sypp = 1—2 va phuong trinh dudng thang (d) ¢6 dang ax —y+c¢ = 0 véi a,c € Z,a > 0. Khi d6
a + 2c bang

A 1 B. —1. C. —4. D. 0.
Lo gidi.
Duong tron (C') ¢6 tam I(1;3) va ban kinh R = 2.

N E
IM =1 < R nén M nam trong dudng tron va do
d6 d Tuon cat (C) tai hai diém phan bigt.
Taco M(2;3) ed=2a—3+c=0<c=3-—2a.
Goi H la trung diém ctia AB,
a
[H=d(I,d) = ——— (via>0).
0 m< ) A -
IA?  4a?+1 I B
Suy ra [E = = ,
IH 3a? a4 (0]
a” +
FH=IF—-1H=—«.
ava®+1
V3a? +4
AH = TR =T = Y22
a?+1
32 1 32
Sipp = — & ~-EH-AB= "
ABB = 5 5

& EH~AH:%

N 3a® +4 V3a?+4 32
ava:+1 Va2+1 )

& 5y/(3a2 +4)3 = 32a(a® + 1) & 25(3a® + 4)° = 1024a*(a® + 1)*  (*).
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Dat t = a?, ta co
(%) & —349® 4 652t + 2576t + 1600 =0 =t =4 < a=2=c= —1.

Suy ra a + 2¢ = 0.

Chon dap an @ O
Cau 74. Cho hai diém A(7; —3) va B(1;7). Phuong trinh dudng tron dusng kinh AB 1a
34
A (z—4)+ (y—3)? =136 . B. (x—4)2+(y—2)2:Z.
C.(z—4)2*+(y—2)%*=34 D. (z—2)*+ (y—4)? = 34.
Lo gidi.
Goi I 1a trung diém AB, ta dugc 1(4;2).
Ta ¢6 AB = (—6;10) = AB = 2\/34.
Duong tron duong kinh AB c6 dang (z —4)? + (y — 2)? = 34.
Chon dap an @ O

Cau 75. Trong mit phang v6i hé toa do Ozy, cho hai dudng tron (C}): 22 +y? = 13 va (Cy): (7 —

6)? + y? = 25 cit nhau tai hai diém phan biet A(2;3), B. Duong thang d: ax + by +c¢ = 0 di qua A
) . 2b
(khong qua B) va cat (Cy), (C2) theo hai day cung ¢6 do dai bang nhau. Tinh + ‘

a

2 1 2 2 2 1
A 2te L B 2te_ c re_ p 2te_ 1
a 3 a a a 3

Lai gidi.

Goi C, D lan lugt 1a giao diém ctia d véi (Cy) va (C}).
Gia stt D(m;n) # A(2;3). Vi A la trung diém CD nén C(4 —m;6 — n). Ta c6 hé phuong trinh

m? +n?=13 17 6
o (-I8)
(m+2)% 4 (n —6)? =25 55
2b
Tit d6 ta ¢6 phiong trinh AD: 2 — 3y + 7 = 0. Vay —C = 1.
Chon déap an OJ
Cau 76. Trong mit phiang toa do Oxy, cho dudsng tron (C): z? + y? — 22 — 4y — 25 = 0 va diém
M(2;1). Day cung cta (C') di qua M c6 do dai ngan nhat 1a
A 2V/7. B. 16v/2. C. 8V2. D. 4V/7.

L&i giai.
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Xét (C): 2?2 +y*—2r—4y—25 = 0 = tam I(1;2), ban kinh R = /30.
Goi AB la day di qua M va vudng goc véi IM, CD la mot day cung
tuy y di qua M va IH L C'D. Ta ¢6 tam giac /M H vuong tai H nén
IM > 1H = AB < CD, do do6 trong cac day cung di qua M thi day

AB c6 do dai nhé nhat. C
Ta c6 IM =2, MA=+R?2—IM?=+/30 —2 =28 = 2/7
= AB = 4/7. B A
D

Chon dap an @ O
Cau 77. Cho hai diém A(1;1), B(7;5). Phuong trinh dusng tron dusng kinh AB la

A 2?2 +9? + 8z + 6y + 12 = 0. B. 2?2 +y* —8x — 6y — 12 = 0.

C. 22+ +8x+6y—12=0. D. 22 +y* —8xr — 6y + 12 = 0.
Loi giai.

V6i A(1;1), B(7;5) ta c6 I(4;3) la trung diém ciia doan thing AB va do dai AB = /52 = 2/13.
Dudng tron (C) dudng kinh AB c6 tam I va ban kinh R = /13.

Phuong trinh cta (C): (z —4)* 4+ (y —3)* =13 & 22 + y* — 8v — 6y + 12 = 0.

Chon dép an (D) O

Cau 78. Cho duong tron (C): z* + y? + 2x — 6y + 5 = 0. Tiép tuyén ciia (C') song song v6i dudng
thang d : x + 2y — 15 = 0 ¢6 phuong trinh la

A x+2y=0,2+2y—10=0. B zx+2y—1=0,z2+2y—3=0.
C.x+2y=0,24+2y+10=0. Dz+4+2y—1=0,z4+2y—-3=0.
Loi giai.

Ta c6 (C): (x4 1)? + (y — 3)2 = 5, cho nén (C) ¢6 tam I(—1;3) va ban kinh R = /5. Dudng thing
d’' song song véi d c6 dang d': x + 2y + ¢ = 0,¢ # —15. Theo gia thiét d’ tiép xtc véi (C) suy ra

N 5+c _ ¢c=0
d(1,d) =5 & 7 =V5 e 10
Khi d6 phuong trinh cac tiép tuyén 1a z + 2y = 0; 2 + 2y — 10 = 0.
Chon dap an @ O
Cau 79. Trong mat phang toa do Oxy cho duong tron (C) ¢6 tam I(1; —1) va ban kinh R = 5. Biét
rang dudng thang d: 3z — 4y + 8 — 0 cit duong tron (C) tai hai diém phan biét A, B. Tinh do dai
doan thang AB.
A. AB =8. B. AB=4. C. AB =3. D. AB =6.

Lo gidi.
Goi H la trung diém AB thi IH 1 AB.
T c6 [H = d(1,d) = 12 1= CDH8L g
Suy ra HA=+/R? —TH? =4 = AB =2HA =8.

~

W
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Chon dap an @ O

Cau 80. Cho dudng tron (C): (x + 1)+ (y — 2)? = 4 va duong thang (d): 4z + 3y + 3 = 0. Goi A4,
B la giao diém ctia duong thang (d) v6i dudng tron (C). Tinh do dai AB.
C.

2
A 2. B. V3. —. D. 2V3.
V3
Loi giai.
(C) ¢6 tam I(—1;2), ban kinh R = 2.
Ta ¢6 (d) cat (C) tai A, B, suy ra
AB =2\/R? — d(I, (d)) = 2V/3.
Chon dap an @ OJ

Cau 81. Tam gidc ABC c¢6 dinh A(—1;2), truc tam H(3;0), trung diém ctia BC 1a M (6;1). Ban
kinh duong tron ngoai tiép tam giac ABC' la

A. 5. B. V5. C. 3. D. 4.
Lo giai.
Goi I 1a tam duong tron ngoai tiép AABC. Ké duong kinh A

AD. D& thay BDCH la hinh binh hanh. Suy ra M ciing la
trung diém HD. Suy ra IM 1a duong trung binh AADH. Suy
ra AH = 2TM. Ta c6 AH = (4;—2). Tit d6 suy ra I(4;2). Khi
d6 ban kinh dudng tron ngoai tiép tam giac ABC' la R = 1A =

I
V(=5)? =5.
- C
B M
D
Chon dap an @ [l

Cau 82. Trong mat phing véi hé truc toa do Oxy, cho dudng tron (C) c6 phuong trinh (z — 2)? +
(y +2)? = 4 va duong thang d: 3z + 4y +7 = 0. Goi A, B la cac giao diém ctia duong thang d voi
duong tron (C'). Tinh do dai day cung AB.

A. AB = /3. B. AB = 2/5. C. AB =2V3. D. AB =4.
Lo giai.
Dudng tron C' ¢6 tam [(2; —2) ban kinh R = 2.
Ta c6 d(1,d) = 3-2+4-(=2)+7|

N

Goi A, B la cac giao diém ctia dudng thang d véi duong tron (C), ta co

AB = 24/R? — d2(1,d) = 2V/3.

Chon dép an (C) O

=1< R=2nénd cit (C) tai hai diém phan biét.

Cau 83. Trén hé truc toa do Ozy, cho duong tron (C) c¢6 tam I(—3;2) va mot tiép tuyén clia nod
c6 phuong trinh 1a 3z + 4y — 9 = 0. Viét phuong trinh ctia duong tron (C).
A (z+3)*+(y—2)2=2. B. (z -3+ (y+2)?2=2.
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C.(z—-3)7+(y—2)?=4. D. (z+3)?%+ (y—2)?2 =4
Loi giai.
Vi duong tron (C) c6 tam 1(—3;2) va mot tiép tuyén ctia né 1a duong thang A c¢6 phuong trinh 1a
3 (=3)+4-2-9]

3r 4+ 4y — 9 = 0 nén ban kinh cta duong tron la R = d(/, A 2.
! ° ) NeEwy
Vay phuong trinh duong tron la: (z + 3)? + (y — 2)? = 4.
Chon dap an @ O

Cau 84. Tréen hé truc toa do Ozy, cho duong tron (C): 2? + y? — 2z + 6y — 4 = 0. Viét phuong
trinh dudng thing d di qua diém A(2; —1) va cit duong tron (C) theo mot day cung c6 do dai l6n
nhat.
A de+y—1=0. B. 2zr—y—-5=0. C.3r—4y—10=0. D.4x+3y—5=0.

Loi gii.
Duong tron (C') ¢6 tam I(1;—3).
Duong thang d di qua A(2; —1) va cat duong tron theo mot
day cung c6 do dai 16n nhat = d di qua tam I ctia duong
tron = d la dudong thang di qua hai diém A va I.

— AT = (—1;-2) = d 6 véc-to phap tuyén la 7(2; —1).

— d di qua diém A(2; —1).

=
g

Suy ra, phuong trinh duong thang d 14 2(z —2) —1(y +1) =022 —y — 5= 0.
Chon dap an O
Cau 85. Trong hé toa do Ozy, cho duong tron (C') ¢6 phuong trinh 22 + y? — 4z + 2y — 15 = 0. Goi
I 1a tam ctia (C), dudng thang d qua M (1;—3) cat (C) tai A, B. Biét tam gidc IAB c6 dién tich 1a
8. Phuong trinh duong thang d 1a x + by + ¢ = 0. Tinh b + c.

A. C6vo s6 gia tri.  B. 1. C. 2. D. 8.
Lo gidi.
Duong tron (C') ¢6 tam [(2; —1) va ban kinh R = 1/20.

Ta thay diém M (1; —3) nim trong dudng tron (C). i
Duong thang d di qua diém M (1;—3)nén 1 —3b+c=0<c=3b—1.

Phuong trinh duong thang d: x + by +3b— 1 = 0.

Goi H la hinh chiéu ctia I trén dudng thang d thi H la trung diém

ctia AB va IH < IM = /5.

Theo gia thiét tam giac IAB c6 dién tich bang 8 nén

1
§AB-IH:8
< VR?—1H?-IH =38

& V20— TH?2.TH = 8.
TH? =16
TH? = 4.

=

Do IH < IM = +/5nen TH? = 4.
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|20 + 1|
V2 +1

3
=20+ 1| =2V +1 b=

Talaic6 TH =d(I,d) = 1

3 3 5
5ib=-thic=3--—-1=-.
Vi 1 130 53 1 1
Vay b =—4+-=2.
ay b+ c 4+4
Chondépén@ 0

Cau 86. Duong tron (z —a)? + (y — b)? = R? cat duong thiang r +y —a — b = 0 theo mot day cung

c6 do dai bang bao nhiéu?

A. RV2. B. 2R. C. R. D. RT\/?
Loi giai.
Duong tron (x — a)* + (y — b)? = R? ¢6 tam I(a;b) va ban kinh R.
Thay toa do diém I vao phuong trinh duong thang z +y—a—b =10
ta dugc a + b —a — b = 0 (luon ding) nén I thuoc dudng thang 4 I B
r+y—a—b=0.
Khi dé duong thing cit duong tron theo mot day cung c6 do dai
bing duong kinh duong tron 13 2R.
Chon dap an O

Cau 87. Tim toa do tam I va tinh ban kinh R ctia duong tron (C): 22 +y* —2x +4y+1 = 0.
A I(-1;2), R=4. B. I(1;-2), R=2. C. I(-1;2), R=+5. D.I(1;-2), R=4.

L&i giai.

Duong tron (C') ¢6 tam I(1;—2) va ban kinh R = /12 + (=2)2 — 1 = 2.
Chon déap an OJ

Cau 88. Trong cac dudng tron sau day, dudng tron ndo tiép xic véi truc Oz?

A. 2?+9y?=5. B. 22 +9y*— 42— 2y +4=0.
C.22+y*— 10z +1=0. D. 22 +4y? - 22 +10=0.
Loi giai.

Duong tron 22 +94? — 42 —2y+4 =0c6 tam I (2;1), ban kinh R = Va2 + 12 —c= /22 + 12 —4 = 1.
Do d(I;0z) = |y;| = |1| = R = dudng tron nay tiép xtc véi truc Ox.
Chon dép an (B) O

Cau 89. Trong mit phang toa do Ozy cho dudng tron (C): (z — 1)2 + (y — 2)? = 4 va cac dudng
thang di: mx+y—m—1=0, dy: 2 —my+m—1 = 0. Tim cac gié tri ciia tham s6 m dé mdi duong
thang dy, dy cit (C) tai hai diém phan biét sao cho bén diém d6 lap thanh mot t gidc c¢6 dien tich
16n nhat. Khi d6 tong cac gia tri ctia tham s6 m 1a

A 0. B. 1 C. 3. D. 2.

L&i giai.
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Xét duong tron (I; R) véi cac diém nhu hinh bén, trong dé K ¢b A
dinh, AB va CD vuong gbc v6i nhau, E, F lan lugt 13 cac trung
diém ctia AB va C'D. Ta c6 F K
SADBC = §AB -CD =g
1 I
=2V IA? — [E2VIC? — [F?
= 2\/Rt — (IE? + [F?)R? + [ E*[ F?

= 2VRY — IK2R? + [ 2] F2.

Do K ¢6 dinh neén dien tich ADBC 16n nhét khi IE-IF 16n nhat. Ap dung bat déng thitc Cauchy
cho hai s6 khong am IE va IF, ta c¢6
[E?+1F? K

IE-IF < i
. . ) IK
Ta suy ra IE - [ F 16n nhat khi TE = IF = ﬁ

Trd lai cau héi chinh, (C) ¢6 tam I(1;2) va ban kinh R = 2, d; ¢6 véc-to phap tuyén 77, = (m; 1)
va do ¢ vée-to phap tuyén 7, = (1;—m), ta dé thay d; va dy vuong goc, K(1;1) la giao diém ctlia
di va dy, dong thoi IK < R nén K nam trong duong tron; E, F lan lugt 1a trung diém AB va CD,

ta co ) |
TB= 1) = e, TP =d(ldy) = 0
Tt d6 ta co, dién tich ciia ti giac tao thanh 16n nhat khi
1 |m| IK 1
V1 Vil V2 V2
Ta tim dugc m = 1 hodic m = —1. Nhu vay, tong cac gia tri clia tham s6 m bang 0.
Chon dap an @ O

Cau 90. Phuong trinh nao sau day la phuong trinh ctia dudng tron tam I(—1;2), ban kinh béng
37

A (z—1)72%+(y+2)*=09. B. (z+1)2+(y+2)2=09.
C.(x—12%+(y—22=9 D. (z+1)*+(y—2)?=09.

Loi giai.

Phuong trinh ctia duong tron tam I(—1;2), ban kinh bang 3 1a (z 4+ 1)? + (y — 2)? = 9.

Chon dap an @ 0

Cau 91. Duong tron €: 22 + y? — 2z — 2y — 23 = 0 cit duong thing A: x —y + 2 = 0 theo mot
day cung c6 do dai bang bao nhiéu?
A. 5. B. 2v/23. C. 10. D. 5V2.
Loi giai.
Dudng tron € c6 tam I(1;1) va ban kinh la R = 5.

1—1+2
Tacéd([,A):Q:\/i<R.
11+(_1)2

Goi A, B 1a hai giao diém ctia € va A.
. _ . 2 _ A ,
Khi d6 AB = 24/ R? — [d(I, A)]* = 2v/23. X
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Chon dép an (B) O

Cau 92. Trong mat phang Oxy, cho diém M (—3;1) va dudng tron (C): 22+ y? — 2z — 6y + 6 = 0.
Goi Ty, Ty 1a céc tiép diém clia cac tiép tuyén ké tit M dén (C). Tinh khodng cach tit O dén dudng
th&zmg T1T2.

A. 5. B. /5. C. D. 2¢/2.

Bl

Loi giai.

Duong tron (C') ¢6 tam I(1;3) va ban kinh R = 2.

Duong thang d qua M(—3;1) ¢6 phuong trinh 1a a(z +3) + b (y — 1) = 0 v6i a® + b > 0.
d 1a tiép tuyén ctia (C) khi va chi khi

a=0

da+2b
Bat 2 _ o patt| = Vo TR o3 +dab=00 | g

a? 4+ b2

d(I,d) =2 <

TH 1. Néu a = 0, chon b =1 thi tiép tuyén la d: y = 1.

. —4b . )
TH 2. Neu a = = chon b = —3 = a = 4;suy ra tiép tuyén la d’: 4x — 3y + 15 = 0.

Goi {T1} = d N (C) thi T} ¢6 toa do 1a nghiém ctia he
y=1 r=1
& , hay T1(1;1).
2+ =2 —6y+6=0 y=1
Goi {Tz} = d' N (C) thi Ty ¢6 toa do la nghiém ciia hé

-3
4r — 3y +15=0 T=— —3 21
) ) & 2? , hay T, <—,—>
r+y —2xr—6y+6=0 y=— 55

° 1
Phuong trinh dudng thing 71T, 1a: _”33 =g — 2ty -3=0.

L T |

5 5
Vay d(O, TiTy) = — =31 _ 3
Ay y L1142 22+12 \/5
Chon dap an (C) O

Cau 93. Tim toa do tam I va ban kinh R cta duong tron (C): (z —1)% + (y + 3)? = 16 1a
A.I(1;-3),R=16. B.I(-1;3), R=4. C.I(-1;3), R=16. D.I(1;-3), R=4.

Lo gii.

Ta c¢6 duong tron (C') ¢6 tam [(1; —3), ban kinh R = 4.

Chon dap an @ O

Cau 94. Trong mat phang toa do Oxy cho AABC c¢6 truc tam H, trong tam G(—1;3). Goi K, M,

N lan lugt 1a trung diém ctia AH, AB, AC. Tim phuong trinh duong tron ngoai tiép tam giac ABC
biét ring duong tron ngoai tiép tam giac KM N 1a (C): 2% +y*> +4x — 4y — 17 = 0.

A (x— 1)+ (y — 5)* = 100. B. (z+1)*+ (y — 5)* = 100.
C. (x— 1)+ (y+5)? = 100. D. (z + 1)+ (y + 5)* = 100.
Loi giai.
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Ta c¢6 (C) : (x4 2)* + (y — 2)* = 5% Nen (C) ¢6 tam

J(—2;2) va ban kinh bing R = 5. A
Do G la trong tam tam giac ABC' nén GB = —2GN
va GC = —2GM. (1)

Goi I 1a tam ctia dudng tron ngoai tiép tam giac ABC
va P la trung diem BC. Vé duong kinh AA’. Suy ra
ACA" = 90° hay A'C' L AC ma BH 1 AC nén BH |
A'C. Tuong tu CH || BA nén BHCA' 1a hinh binh
hanh. Suy ra P la trung diem HA'. Do dé G ciing H

la trong tam tam giac AHA'. Suy ra GA' = —9GK. B C

(2)

A/
T (1) va (2) ta thay tam gidc CBA’ 1a dnh cta tam giac M N K qua phép vi tu tam G ti s6 —2 nén
ban kinh ctia duong tron ngoai tiép ctia tam gidc ABC bang 2R =2-5 = 10 va GI = —2GJ. Suy
{g:, +1=-2(-2+1) {x, =1
ra =
y1—3:—2(2—3) y1:5.
Vay phuong trinh duong tron ngoai tiép tam gidc ABC 1a (x — 1)% + (y — 5)% = 100.
Chon dap an @ O

Cau 95. Trong mat phang véi hé toa do Ozy, cho AABC noi tiép duong tron tam 1(2;2), diém D
la chan duong phan giac trong cta BAC. Duong thang AD cit duong tron ngoai tiép AABC tai
diém thtt hai 1a M (khac A). Tim toa do cac diém A, B,C biét diém J(—2;2) la tam dudng tron
ngoai tiép AACD va phuong trinh dudng thing CM 1a x +y — 2 = 0. Tong hoanh do ctia cac dinh
A, B,C’9 cua tam giac ABC' la .

A —. B. —. C.
5 5

Loi giai.
Ta ¢6 DOM = BAM (hai g6c noi tiép cing chan cung BM).

Ma BAM = DAC (vi AM la phan giac trong ctia géc B/E’)

Nen DCM = DAC suy ra C'M la tiép tuyén ctia dudng tron ngoai tiép
AACD = JC L CM. Phuong trinh JC 1a 1(z +2) — 1(y —2) = 0
Sr—-y+4=0ViC=JONCM = C(-1;3) = IC = /10, JC = /2.
Phuong trinh dudng tron ngoai tiép AABC 1a (x — 2)? + (y — 2)? = 10.

ot W
S
ot O

(=27 + (y— 2 = 10 1
T = —
Toa do A la nghiem ctia he ¢ (z + 2)* + (y — 2)* = 2 & { = A(-1;1).

y=1
(z;9) # (=1;3)
r+y—2=0
T =3
Toa do M la nghiem clia he ¢ (z —2)* + (y —2)* =10 < {
y=-1
(z;9) # (=1;1)
Ta c6 IM(1;—3) nén phuong trinh BC' la 1(z+1) - 3(y—3) =0 2 —3y+10=0.
r—3y+10=0 19
T=7 19 23
Toa do B la nghiem cia he { (z —2)* + (y —2)* =10 < 93 = B (?’ E) .
(z3y) # (=1;3) =%
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) 19 9
Vay tong hoanh do cua cac dinh A, B, C cua tam giac ABC' 1la —1 + =~ 1= =

Chon dap an @ O

Cau 96. Trong mat phang Oxy cho tam gidac ABC' c6 dinh A(5;5), truc tam H(—1;13), dudng tron
ngoai tiép tam giac ABC c6 phuong trinh 2% + y? = 50. Biét toa do dinh C 1a C(a;b), véi a < 0.
Téng a + b bang

A. 6. B. —6. C. -8. D. 8.
Loi giai.
Goi A’ 1a diém déi xing véi A qua tam O ctia dudng tron A

ngoai tiép thi A'(—5; —5), ta c¢6 tit gihe HBA'C' 1a hinh binh
hanh nén trung diem [(—3;4) cta HA' ciing chinh 1a trung
diém ctia BC. Tt d6 ta suy ra duong thang BC di qua I va
c6 vée-to phap tuyén 1a Ol = (—3;4) nén BC c6 phuong trinh
—3x +4y — 25 =0.

Giao diém ctia BC va dudng tron 6 toa do 1a (—=7;1) va (1;7).
Theo gia thiét C' c6 hoanh do am nén suy ra C(—7;1). Vay B ¢
a=-7,b=1nén a+b=—6.

A/
Chon dap an 0
Cau 97. Cho tam giac ABC ¢6 A(1;—1), B(4;2), C(1;5). Tinh ban kinh R ctia dudng tron ngoai
tiép tam giac ABC.
A. R=4. B. R=6. C. R=5. D. R=3.
Loi gidi.

Phuong trinh dudng tron ngoai tiép tam gidc ABC ¢6 dang (C): 2 + y* — 2ax — 2by + ¢ = 0.

Ae(C),tac62—2a+2b+c=0<2a—2b—c=2. (1)
Be(C),tac620—-8a—4b+c=0<%< 8a+4b—c=20. (2)
Ce(C),tac626—2a—10b+c=0<2a+ 10b—c = 26. (3)

Giai he phuong trinh gom 3 phuong trinh (1), (2) va (3) ta dugc a =1, b =2, ¢ = —4.
Vay ban kinh duong tron ngoai tiép tam gidc ABC 1a R = va? + b? — c = 3.

Chon dap an @ O
Cau 98. Diém nam trén duong tron (C): 22 + y? — 20 + 4y + 1 = 0 c6 khoang cach ngan nhéat dén
duong thang d: z —y + 3 = 0 ¢6 toa do M(a;b). Khang dinh nao sau day ding?

A V2a=—b. B. a=-b. C. V2a =b. D.a=b.

L&i giai.
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Duong tron (C') ¢6 tam I(1; —2), ban kinh R = 2.

Khoang cach tit tam I dén duong thang d 1a d[I,(d)] =

3v/2 > R neén d khong cit (O). I

Diém M (a;b) thda man yéu cau bai toan khi va chi khi

{M c (C) /
d[M, (d)] = 3v2 — 2.

Goi H la hinh chiéu vudng géc ctia diem I lén duong thing

d,taco IH: x+y+1=0.

Xét hé phuong trinh

=

?+yt—204+4y+1=0 20 — 4 —2=0 r=14+V2=y=-2-+2
=
y=—-x—1 15:1—\/§:>y:—2+\/§.

r+y+1=0
Tl‘Idé,suyraM(l—\/E;—ZqL\/E).Vayazl—\/i,b:—2—|—\/§nénﬂa:b.
Chondépén@ [l

Cau 99. Trong mit phing toa do Ozy, phuong trinh ciia duong tron cé tam la gbc toa do O va tiép
xtc véi duong thing A: x +y—2=101a

A 2% +y? =2 B. 22 4+ ¢y = 2.
C.(x—1)°+(y—17°=v2 D. (z—10°+@y—1)7°=2
Loi giai. 1.041-0-2
P N N 0+ 1-0—
Ban kinh duong tron R =d (O;A) = NiEESE = V2.
Phuong trinh duong tron can tim (C): 22 + y* = 2.
Chon dap an @ O
Cau 100. Phuong trinh nao sau day la phuong trinh mot duong tron?
A 2?4+ 9? —doy+ 22 +8y—3=0. B. 2?2 +2y?> —4x+5y—1=0.
C. 22 4+ y? — 142 + 2y + 2018 = 0. D. 2?2 +9y* 42 +5y+2=0.
Loi giai.

Xét phuong trinh 22 + y? — 4xy + 22 + 8y — 3 = 0 va 2% + 2y? — 4o + 5y — 1 = 0: day khong phai 1a
dang phuong trinh duong tron.

Xét phuong trinh 22 + 3% — 142 + 2y + 2018 = 0 ¢6 7% 4+ 12 — 2018 = —1968 < 0 nén day ciing khong
phai la phuong trinh duong tron.

Xét phuong trinh 2% +4? — 4z + 5y +2 =0 ().
)

Goi dang ctia phuong trinh () 1a 22 + y? 4+ 2az + 2by + c =0 véia = =2, b = 3 C= 2.
25 33
Khi d6 a? +b*> —c=4+ T 2= T > 0 nén (*) la phuong trinh ctia mot dudng tron.
Chon dap an @ O

Cau 101. Trong mit phang véi hé truc toa do Ozy, cho hinh vuong ABCD. Goi M la trung diém

. 11 1 .
cua canh BC, N la diém trén canh C'D sao cho CN = 2ND. Gia st M (?, 5) va duong thang

AN c6 phuong trinh 2z — y — 3 = 0. Tim toa do diém A.

A. A(1;—1) hoac A(4;—5). B. A(1;—1) hoac A(—4;-5).
C. A(1;—1) hoac A(4;5). D. A(1;1) hodc A(4;5).
Lo giai.
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Goi a > 0 1a do dai canh ctia hinh vuong ABCD. A
. . . 1
Trén tia doi ctua tia DC' lay diem P sao cho DP = 7
5

AMCN ¢c6 MN =+/MC? + CN? = 5%

ANANP ¢c6 NP=ND + DP = ga.

Vay AAMN = AAPN (c.c.c) suy ra MAN = 45°. H
Suy ra véi H 1a hinh chiéu vudng goc ctia M trén duong thang 1

ANAHM vuong can tai H. P D N C

Tinh dugec H (;2)’ HM = %5
Suy ra toa do A la nghiém cua hé phuong trinh

_{lel
5)2 , 45

- = —2)2 = — =5
(w ;) tW=2) T | W

20 —y—3=0. r=1
y=—1

Chon dap an @ O

a B

Cau 102. Trong mat phang Oxy, cho hai diem A(2;1) va B(4;5). Biét tap hop cac diem M thoa
méan MA = /2M B 1la mot dudng tron, ban kinh ciia duong tron do6 la
A 3VT. B. v/391. C. V194. D. 21/10.
Loi giai.
Gia sit M(a;b), tit MA = 2MB ta cé (a —2)>+ (b —1)2 = 2[(a — 4)*> + (b — 5)?]

S a4+ 02 —12a— 180+ 77 = 0.

Vay tap hgp cac diém M la duong tron c6 phuong trinh 22 + 32 — 122 — 18y + 77 = 0, dudng tron
nay c¢6 tam I(6;9) va ban kinh R = /62 + 92 — 77 = v/40 = 2V/10.
Chon dap an @ 0

Cau 103. Cho duong tron (T): (z—1)2+ (y+2)? = 5 va hai diéem A(3; —1), B(6; —2). Viét phuong
trinh dudng thang cat (T) tai hai diém C, D sao cho ABCD 1a hinh binh hanh.

r+3y+10=0 r+3y =0

A x4+ 3y+10=0. B. C.z+3y—10=0. D.

x4+ 3y —10=0. r+ 3y + 10 =0.
Loi giai.
Ta ¢6 AB = (3;—1) = AB = V10.
Tt giac ABCD 1a hinh binh hanh suy ra CD || AB = véc-to phap tuyén ctia duong thang d di qua
hai diém C'D 1a 74 = (1;3).
Suy ra phuong trinh duong thing d c¢6 dang d: x + 3y +m = 0.
Duong tron (T) c6 tam I(1; —2) ban kinh R = /5. Dudng théng d cit (T) tai hai diém phan biét
C. D khi va chi khi

m — 5|

V10
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Hoanh do giao diém ctia d va (T') 14 nghiém phuong trinh

(a:—1)2+<_563_m+2)2=5

e Yz -1+ (z+m—6)2—45=0
& 102 — (30 —2m)z +m* —12m =0 (2)

Gia st C(z1;y1) va D(z9;92) Vi hai diem C, D € d suy ra C (ml; —nom m)) D <x2; T2 m m)
T giac ABC'D la hinh binh hanh suy ra

CD=AB =10 CD?> =10 < (21 + x2)% — 42125 — 9 = 0. (3.2)

30—2m_15—m

S TR

Theo dinh li Vi-ét ta co 9
~ m”—12m

T1T9 = 10 .

Thay vao (1) ta duge
15 —m)\? 212 m =0
(1) ( m> 4. T 9 e mim—10)=0e
) 10 m =10

) ) . - x+3y =0
Vay c6 hai duong thang thoa man de bai la

x + 3y + 10 = 0.
Chon dap én@ O

Cau 104. Trong mat phang Ozy cho hai dudng thing d;: x—my+4m—2 =0, dy: ma+y—3m—1 =
0, v6i m 1a tham sb. Biét riing v6i mdi gia tri cia m thi dy, dy ludén cét nhau tai M. Khi m thay doi
thi diem M chay trén dudng tron c6 phuong trinh 1a

A 2?2 +y*—3r—15=0. B. 22 +y? — 52 — 5y +10 = 0.
C.(z—1)+y*=2. D. 22 + (y + 3)%.
Loi giai.

mr+y—3m—1=0 y—1=m(3—uz).
Suy ra (r —2)(3—2)=(y —4)(y — 1) & 22+ y* — 50 — 5y + 10 = 0.
Chondépén O

r—my+4m—2=0 r—2=m(y+4)
Ta co &

Cau 105. Trong mit phang Oxy cho AABC c¢6 A(1;1), cac diém I(3;—1), K(2;—1) lan lugt 13
tam duong tron noi tiép va ngoai tiép tam giac d6. Goi x1, x5 1a hoanh do cac dinh B, C tuong ting.
Tinh gia tri cha x; + xs.
P B. 0. c. p. &
5 5 5

L&i giai.
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ViKA=,/(1-2)2+ (1+1)2=+/5nén dudng tron (K) ngoai
tiép AABC c6 phuong trinh (z — 1)% + (y + 1)? = 5.

Duong thang AI c6 phuong trinh
r—1 y—1
3-1 -1-1
Goi D = AIN(K)= D(4;-2). Khi dé6

DBC = DCB {DB:DC

Sr+y—2=0.

— = DB =DC = DI.
DIC = DCI DI = DC

Ta c6 DI = /(3 —4)2+ (=1 +2)2 = /2 nén dudng tron (D)
ngoai tiép ABCT c6 phuong trinh (z — 4)% + (y +2)? = 2.

{(9"’—1)2+(y+1)2:5 r=3, y=-3
(T—42+@y+22=2 |o=2, y=-2.

21 36
Vay331+$2:3+€:€.

Chon déap an @ OJ

Cau 106. Goi S la tap tat ca cac gia tri thuc ctia tham sé m dé hé phuong trinh

(m2—|—2m)x—|—(1—m2)y+m2—2m—220
2+ +20—-9=0

c6 hai nghiem thuc (x1;91), (z2;92) sao cho biéu thitc (1 — x2)2 + (1 — y2)2 dat gia tri nho nhat.
Tong gia tri clia tat ca cac phan t thudc S bang

A 1. B. 2. C. 1. D. 0.
Loi giai.

(m*+2m)z+ (1-m*)y+m°>—2m—-2=0 (1)
2? +y* 4+ 22 -9 =0. (2)

(2) la duong tron c6 tam I(—1;0), ban kinh r = +/10.
(1) & (z—y+1)m?+ (22 —2)m+y—2 = 0 luon di qua diém

M (1;2) v6i moi gia tri m va IM = 2v/2 < r nén M trong AwB
dudng tron (2).

Do d6, duong thing (2) luon cit duong tron (1) tai hai diém A (z1;y1) v B (z2;12) va
AB? = ({L‘l — 1'2)2 + (y1 - y2)2.
Goi H la trung diem AB. Talai c6 AB?> =4AH? =4 (r> — ITH?) > 4 (r> — IM?) = 8.

Do vay AB? nho6 nhat khi va chi khi ddu “=" x4y ra. Hay H = M.

Duong thing (1) c6 véc-to chi phuong 1a @ = (m? — L;m?2 + 2m), IM = (2;2).
DolM L @nenIM-T =0 <2m?—1)+2(m>+2m) =0< 2m?+2m — 1 = 0. (3)
Phuong trinh (3) luon c6 hai nghiém phan biét va tong clia hai nghiem d6 1a mq + my = —1.

Vay tong tat ca cac phan tit ctia S bang —1.
Chon dap an @ O

Th.s Nguyén Chin Em 140 https: //emncischool.wixsite.com /geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3 - Hinh hoc 10

Cau 107. Cho céc s6 thic a, b, ¢, d thay ddi luon thoa man (a—3)2+ (b—6)2 = 1 vadc+3d—5 = 0.
Tinh gia tri nhé nhat cta biéu thitc T = (¢ — a)? + (d — b)%.

A. 0. B. 16. C. 18. D. 15.
L&i giai.

Goi M(a;b) théa man (a — 3)? + (b — 6)2 = 1, khi d6 diéem M niam trén
dudng tron (¢) tam 1(3;6), ban kinh R = 1.

I
Goi N(c;d) thda man 4c+3d —5 = 0, khi d6 diém N nim trén dudng thing
A:dx+3y—5=0. 7
Khoéng cach tir I dén A la d(I,A) 12+18 -5 _,
oang cac nAldI,A) = —m—— =
& V619
Tac6 T = (c—a)®>+ (d—b)2 = MN? > (d(I,A) — R)* = 16. A
Dau “=” x4y ra khi v& chi khi I, M, N thang hang va vuong goc véi A. N
11 27
Vay minT' = 16 khiaz;, b=€,c:—1, d=3.
Chon dap an O

Cau 108.

D@ thiét ké khu vuon hinh vuong canh 10 mét nhu hinh vé. Phan
dugc to6 dam dung dé trong cd, phan con lai trong Hoa Hong.
Biét mdi mét vuong trong cd chi phi mat 100000 dong, mdi mét
vuong trong hoa thi mét 300000. Tinh téng chi phi ctia vuon
trong truong hgp dien tich trong hoa 14 nhé nhat (lam tron dén

hang nghin).
A. 22146000. B. 20147000. C. 24145000. D. 19144000.

Lai giai.

Goi Ry; Ry lan lugt 1a ban kinh hai duong tron nhoé ta c6 R, + Ry = 5 m.
Dién tich phan trong hoa la

Sy =100 — 257 + (R2 + R2)m = 100 — 2R, - Ry - 7 > 100—<RL2R2)2-7T:100—%-7T.

Vay dién tich trong hoa nhoé nhat la S; = 100 — % ST

Dién tich phan trong c6 1a Sy = 100 — S, = 22—5 ST

Tong chi phi la T = 1005, + 3005; & 22146 (nghin dong).

Chon dap an @ OJ

Cau 109.
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Dé thiét ké khu vuon hinh vuong canh 10 mét nhu hinh vé. Phan
duge to6 dam diung dé trong cé, phan con lai trong Hoa Hong.
Biét mo6i mét vuong trong ¢ chi phi mat 100000 dong, moi mét
vuong trong hoa thi mat 300000. Tinh téng chi phi ciia vuon
trong truong hogp dién tich trong hoa 1a nho nhat (Iam tron dén

hang nghin).
A. 22146000. B. 20147000. C. 24145000. D. 19144000.

Loi giai.
Goi Ry; Ry 1an lugt 1a ban kinh hai duong tron nhé ta c6 R, + Ry = 5 m.

Dién tich phan trong hoa la

Ry + Ry)? 25
Sy =100 — 257 + (R2 + RY)7 =100 — 2R, - Ry - 70 > 100—M-w=100—7-7r.
N . 2
Vay dién tich trong hoa nho nhat la S; = 100 — ?5 -

R . 25
Dién tich phan trong cé la S, = 100 — S; = 5 .

Téng chi phi 1a T' = 1005, + 3005, ~ 22146 (nghin dong).

Chon dap an @ O
Cau 110. Duong tron tam [(1; —2), ban kinh R = 3 ¢6 phuong trinh la
A 2 +y?—20—4y—4=0. B. 2? +y* + 2z +4y —4=0.
C.22+y*—2r+4y—4=0. D. 2% +y* + 2z —4dy —4=0.
Loi giai.

Duong tron tam I(1; —2), ban kinh R = 3 ¢6 phuong trinh 1a (z — 1)? 4 (y + 2)? = 9 hay 2® + y* —
20+ 4y —4 = 0.
Chon dap an @ O

. 5 8\ .
Cau 111. Cho tam giac ABC, biét H(3;2), G (5’ §) lan lugt 1a tryc tam va trong tam cia tam

giac, duong thang BC c6 phuong trinh z 4 2y — 2 = 0. Viét phuong trinh dugng tron ngoai tiép tam
gidc ABC.

A (z =1+ (y+3)* =25 B. (z +2)?+ (y — 2)? = 25.
C. (z+2)*+ (y+6)* =25, D. (x —1)*+ (y — 3)* = 25.
L&i giai.

Phuong trinh dudng thing AH di qua H(3;2) va vuong
gbc v6i duong thang BC 1a 2z —y —4 = 0.

Goi M 1a trung diém BC khi d6 toa do A va M c6 dang A
Ala,2a —4), M(2 — 2m,m).
Vi AM = 3GM neén ta c6
1 D
5 B
2—2m—a:3(2—2m—§) {a:5
8 ~

m—(2a—4)=3(m—§) m= 1.

Vay ta c6 A(5;6), M(0,1). C
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Goi I(x,y) 1a tam dudng tron ngoai tiép ciia tam giac ABC.

Ké duong kinh BD, ta c6 AD || HC (cung vuong goc v6i AB) va CD || AH (cung vudng goc véi
BC') nén AHCD la hinh binh hanh.

Déntéiﬁ:D—C):2m):]_B)+ﬁf, suyraﬁ[):I_A)jLE:I_A)—i-I_B)—l—E'}:?)I_G).

5
3—x=3<§—x> {:le
=
8

Do IA =5 nén phuong trinh dudng tron ngoai tiép tam gidac ABC 1a (z — 1)® + (y — 3)? = 25.
Chon dap an @ O

Khi d6 ta c6 hay 1(1;3).

y=3

Cau 112. Trong mit phang Oxy, cho diém M thuoc duong tron (C): 22 4+ y* — 62 + 8y + 21 = 0.
Tinh do dai nhoé nhat clia doan thing OM.
A. 4. B. 3. C. 5. D. 2.
Loi giai.
Duong tron (C') ¢6 tam 1(3; —4) va ban kinh R = 2.
Vi OI =5 > R nén O nam ngoai duong tron (C).
Tu dé suy ra OM > O —IM =0OI — R = 3.
Déu bing x&y ra khi M la giao diém ciia doan thang OI va duong tron (C).

Chondépén O
1. B[22 A3 cC]l4 D]l c]l6e. A]lz. A]ls. Bllo. D]10. C |
[11. ¢ ][12. ¢ |[13. B |[14. D J[15. C ][16. B |[17. A ][18. C |[19. D |[20. D |
[21. A ][22. A[23. C|[24. A][25. B][26. D ][27. D][28. A ||29. D |[30. B |
3. A[32. C][33 B[34. B][35. D][36. D][37. A][38. D |[39. D |[40. A |
[41. D |[42. A ][43. D |[44. D ][45. A ][46. B |[47. D ][48. C ||49. B ||50. A |
5. A ][52. B|[53. C|[54. C]|55. B ]|56. D |[57. C|[58. D ||59. B ||60. A |
161. C ]l62. D ]|63. C |l64. C ||65. B |[66. D |[67. B |[68. A |[69. C ||70. C ]
71. D][72. ¢ |[73. D|[74. ¢ ]|75. B ]|76. D ||77. D ][78. A ||79. A |[80. D |
(8. A][82. C|[83. D|[84. B ][85. C|[s6. B |[87. B |[88. B |[89. A |[90. D |
91. B ][92. C][93. D |[94. A ]l95. A ]l96. B |l97. D ][98. C ||99. A |[100.D |
[101. C ][102. D |[103. D |[104. B ]|105. C ][106. C |[107. B ][108. A ||109. A ||110. C |
[111. D |[112. B |
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sAl3. PHUONG TRINH PUONG ELIP
@ TOM TAT LY THUYET
0 Binh nghia

Cho hai diém c6 dinh F} va Fy véi FiFy = 2¢(c > 0)
Puong elip la tap hop cic diem M sao cho MFy + MF, = 2a trong dé a la so khong doi va

a>c

e Hai diém F; va F, goi la tieu diém cta elip.
e Khoang cach 2c gitta 2 tieu diém goi la tiéu cu ciia elip.
Néu diém M nim trén elip thi cac khoang cach M Fy, M F, goi

1a ban kinh qua tiéu diém cta diem M.

e Trung diem O cta Fy F, goi la tam cua elip.

€ Phuong tinh chinh téc cla elip

Chon hé truc toa do sao cho céc tiéu diém c6 toa do Fy(—c;0),

Yy M
F5(c;0). Khi d6 phuong trinh chinh téc elip ¢6 dang / >\
2 2 _
(E): x——l-y—:l, v6i b* = a® — (1) Fy(—c;0) ny

/\ Chu y
(@ Trong phuong trinh chinh tic a > b > c, tiéu diém thuoc truc hoanh.
(@ Cong thic ban kinh qua tiéu diém
cx

@5
MFi=a+—=a+4+ex;MFh,=a— — =a—ex
a a

2 C 2 0N AR _ .
Trong do e = — goi la tam sai cua elip
a

Q Hinh dang cua elip

a) Tinh doi zing

Elip (E) nhan céc truc toa do Oz, Oy lam truc ddi xiing va goc toa do lam tam doi xing.
b) Hinh chit nhat co sd

Xét elip ¢6 phuong trinh (1). y

Elip (E) cit truc hoanh tai A;(—a;0), 5 B:(00) 4
As(a;0), cat truc tung tai By (0; —b), By(0;b). / >%
Khi d6 Ay, As, By, By goi la 4 dinh cua elip |

(E). Az(=a;0) \F1(0; —c) O F5(05¢) | A1 (a;B)

e A1 Ay = 2a goi la truc 16n.
e BBy = 2b goi la truc nho. C By (0;-b) D

e Céc duong thing y = +a, y = £b.
Bén duong thang d6 tao thanh mot hinh chit nhat ABC'D. Goi la hinh chi nhat co s6

/\ Chua y
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)

7
2 g Eﬁl —a<z<a o s
o T —+==1= = , do do mot diem thuoc elip deu thudc
a? = b y? —b<y<b
<1 SY S

b2
mién ciua hinh chi nhdt co sd

o Tiéu diem cua elip nam trén truc lén.
c) Tam sai cia elip

2 A * ~, PN N ~ N pe . A . 2 . BN z PN (& BN
Ti s0 gitta tiéu cy va do dai truc 16n goi tam sai cia elip va ki hicue=-val<e<1
a

€» DPudng chudn cla elip

Cho elip c6 phuong trinh chinh tic y

2 2 M
x Yy e e
a ! Hf//>xtp
1

Céc duong chuan cia elip: a F ) F a
o (Ay):x= -2 ung véi Fi © ©
(S —~ —~
o(A2):x=g1’1’ngV61 F, E 5
e
o Ti s6 khodng cach tw mot diém bat ky tréen elip dén
mot tieu diém va duong chuan tuong ing bing tam
sai cua elip
MFy MF,
————— =6 ——————— =¢€
d(M, (Ay1)) d(M, (Az))
Dang 1. Xac dinh cac yéu t6 cua elip
Vi du 1. Cho cac dudng cong:
(61): 2° + 25y% = 25; (€h): 4922 + 649> = 1, (63): 922 + 4y* = 1.
Néu la elip thi xac dinh truc 16n, truc bé, toa do tieu diém cta né.
Lai giai.
a) Xét duong cong (61): x* + 25y* = 25 (1)
2

Ta c¢6 (1) & 5—5 + 4% = 1. D6 1a phuong trinh chinh tac ctia elip, véi a =5, b= 1.
e Truc I6n: 2a = 10; truc bé 2b = 2.
e Ticu diém ¢ = Va2 — b2 = /25 — 1 = 2V/6.

= hai tieu diém Fy(—2v/6;0), F5(2v/6;0).

b) Xét duong cong (6s): 4922 + 64y* = 1 (2)
2

2 , 1 1
Ta ¢6 (2) & xT + yT = 1. D6 la phuong trinh chinh tac cia elip, véi a = = b= 3
49 64

1
e Truc l6n: 2a = ?; truc bé 2b = T
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. 1 \/15
e Tieu diem ¢ = Va2 — b2 = =\ — =5
9 9. 64 56

4
. V15 V15
= hai tiéu diem la F1 <——,0) s F2 (5—, )
c) Xét duong cong (63): 92° + 4y* =1 (3)

2

(0 s e e L]

Ta c¢6 (3) & 1+T—1.Dolaehpvma—§,b—§
9 4

2
e Truc bé: 2a = 5; truc 16n: 2b = 1.
) 1 1
e Ticu diem ¢ = Vb? —a? = 179 %
= hai tieu diém 1a F} <0; —?) . By <0; ﬁ)

6
O
Vi du 2. Cho cac duong elip (E;): 422 + 93> = 36; (Ey): (2 — v/3)2? +¢? = 2+ /3. Tim tam
sai vi viét phuong trin cac dudng chuan ctia céac elip.
Loi giai.
o Xét (Ey): 422 + 9y* = 36
. 2 P
Chia2vécho36tacé§+Z:1,Véia:3; b=2
5
— c=+/9—4=/5; tamsaiezfz§
, ¢ a a? 9
— Phuong trinh cac duong chuan: vt =+—=+—=+—
e c V5
o Xét (By): (2—V3)22+142=2++3
2
Nhan2vév612—|—\/§tacéx2+(2+\/§)y2:1<:>a:2—|—2 y\/gzlvéiazl; b=2-1/3
02— /4
4 6
—Tamsaiezfz \/— =4/3-6
a
1 2 3
— Phuong trinh dudng chuan: z = +2 - = \/_
e 4V3-6 6
O
245 2 2
Vi du 3. Cho M (2; %) va elip (E): “% n yz —1 (1)

a) Tinh cac ban kinh qua cac tiéu diém ctia elip ké tit M.
b) Mot dusng thang song song véi Oy di qua tiéu diém ctia elip va cit elip tai hai diem A, B,
tinh do dai AB.

Loi giai.
a) Tinh cic ban kinh qua tieu diém

Tfr(l)suyraa:\/g,b:%c:\/a2—62:\/5—4:1;e:E:
a

5~

e Ban kinh qua tiéu:

1 7

MF =a+exy =vV5+-—=2=—
NG V5

MFy=a—ex V5 L 2 3
2 —ery = ——=.2=——=
VB VB
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b) Tinh do dai AB
Gia sit AB || Oy la day cung qua F} cia elip, suy ra x4 = zp = —1.

Ta c6 AB =2AF, =2 [\/5 - V/5.(-1)] = 45,

O
2y .
Vi du 4. Tim trén elip (E): r + T= 1 cac diem M trong mdi trudng sau:
a) Nhin hai tiéu diém ctia né dudi 1 géc vuong.
b) 2MF, = MF, trong d6 Fy, F, la cac tieu diém ctia elip.
Loi giai.
2
T (E)suyraa=+vV5b=1,c=+5—-1=2e= € - = Goi M(zo;y0) € (E). Ta c6 MF, =
a
a+exy; MFy,=a—ex
a) Nhin hai tieu diém cia né dudi 1 géc vuong.
Ta c¢6 M nhin hai tieu diém Fy, F, dudi 1 goc y
vuong
MF, L MF, < MF + MF} = (FF,)?
(a4 exo)? + (a —exp)? = (2¢)* & a® + (ex)? = 2¢° "
2:5'0)2 s 5 15 V15
5 (— T Y LR NS
+ \/5 3:0 4 :L'O 2
<y 1
Thay vao (E) ta duge yo = :|:§.
Tém lai c6 4 diém M thoéoa man yéu cau bai toan
V15 1 V15 1 v1s 1 v1s 1
M| =5 ) Ma| ——F—5 ) Ms| ——F——5 ) Ma| —5—5—5 |-
2 72 2 72 2 2 2 2
b) 2MF1 == MF2
Ta co
2MF, = MF;, < 2(a+exg) = a —exyg < 3exrg = —a
a a? )
sryg= o =% — 2 Thay vao (E
T % % 5 ay vao (E)
31 V31
2
— =
Yo 36 Yo 6
Vay c6 hai diém M thoéa yéu cau bai toan
5 V3l 5 V31
My | —zi——— ) Mo | =5 ——
6 6 6 6
U

Vi du 5. Tim tam sai cta elip trong mdi trudsng hgp sau day:
a) Mai tieu diém nhin truc nhé duéi 1 géc a.

N N 1
b) Khoang cach gitta hai dinh trén hai truc bang & lan tiéu cy (k > 5)

c¢) Khoang cach gitta hai duong chuan bang k lan tiéu ci.

L&i giai.
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£ b
a) Theo gia thiét tana = —
c
Suy ra )
B
b2 21b
c

1 Pt Alf 7\‘42
i _a! /a x

cos? « c?
1 a?
2 2 2

shP=c=d 5
COS“ (¢ C By —b

& ECOSOz hay e = cosa
a
b) Trong AA;OBy vuong tai O ta c6 (AyBs)? = OA2 + OB2 = a* + V?
Theo glé thlét ta co: AQBQ = ]{?.FlFQ

& (AyBy)? = (k20)* & a® + b? = 4k*c?

& a’ + b =4k < a® + (0¥ — &P) = 4k*C & 20° = (4k* + 1)
6o 2 oo 2
a>  4k?+1 4k 4+ 1
2a

¢) Phuong trinh cic duong chuan la z & 27 suy ra khoang cach gitta chung d = —.
e e

P 2 1 1 1
Theo gid thiét d = k.Ay.By & L ¥ PN = Cea?—oe=
e

a k Vi

U
Dang 2. Viét phuong trinh elip
Phuong phap:
2 g
Tim a, b thay vao (E): §+b_2 =1.
Vi du 6. Viét phuong trinh chinh téc cta elip (E) biét rang:
a) Do dai truc lo7bl bang 6, tieu cy bang 4.
b) Mot tieu diém Fy(—2;0) va do dai truc 16n bing 10.
2 2 3
¢) Mot tieu diém Fy(—+/3;0) va diém M (1; \/7—) € (E).
, 3
d) Di qua hai diem M(1;0) va N (\/7_;0).
e) Tieu cy bang 8, tam sai bang 5 va tieu diém thudc truc hoanh.
Loi giai.
) 2 2
Phuang trinh chinh tac cta elip c6 dang: — + i 1 (v6i b* = a® — ¢?) (1)
a
o |2a=6 a=3
a) Theo gia thiét & = =a"-c*=5
2c =4 c=2
) R
Thay vao (1) ¢6 phuong trinh chinh tac cta elip (E): 5 + 5= L.
e, | F1(=2:0) c=-2
b) Theo gia thiét = > =a"-*=25—-4=21=V"=21
2a = 10 a=2>5
, x2 P
Thay vao (1) ¢6 phuong trinh chinh tac cta elip (E): 3% + ST 1
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., c=+3
¢) Tieu diém Fi(—/3;0) = =0 =ad-3ad=0+2 (2)
D2 — g2 — 2
V3 1,3
Thay (2) vao (3) ta co:
L a3 1 3) = (P +3)
b2+3  4p?

S4°)?+50 —9=0<b" =1

2 2
Thay vao (2) ¢6 a* = 4 thay vao (1) ¢6 (E): % + yT =1.
1 0
AT a=1 ,
d) Vi M, N € (E) ta cé: a3 1 & , suy ra khong c6 phuong trinh chinh tac.
L= =2
4a? * b?
e) Theo gia thiét 4 SR e 4 & ,mab?=a?>—c2=25-16=09.
= — —_ = — a = 5
T o b
) T
Phuong trinh chinh tac (E): 3% + 5 = 1.

Dang 3. Tuong giao giita elip va dudng thing, elip va elip

2
Trong mat phing Ozy, duong thang (A): Ax + By + C = 0 va elip (E): x_Q

a
o (E) va (A) c6 diém chung

y?
+b—2 =1. Khi do

A%.a* + B*p* > C?

ZEQ

2
Vi du 7. Xét vi tri tuong doi gitta elip (E): vy - % = 1 v6i mdi mot duong théng sau

(d): 22 +y=1=0; (do): x4+y—V13=0; (d3): © —3y+11 =0

Loi giai.

o Xét cap (E) va (dy) ¢6 C? =1, A%2.a®> + B2V? = 4.4+ 1.9 = 25, suy ra A%.a®> + B2.b*> > C? suy ra
(E) va (dy) cat nhau tai 2 diém phan biét.

o Xét cap (E) va (dy) c6 C? =13, A%.a? + B?.0?> = 4.4+ 1.9 = 13, suy ra A%.a*> + B2V = C? suy ra
(E) va (dy) tiép xtic nhau.

e Xét cap (E) va (d3) ¢6 C* =121, A%.a® + B2.b* = 4.4+ 1.9 = 103, suy ra A%.a* + B%.b*> < C? suy
ra (E) va (d;) khong c6 diém chung.

U

Vi du 8. Gia st  va y lién hé nhau bdi hé thitc 3622 + 16y = 9. Tim gia tri 16n nhat, nhd
nhét ctia biéu thic P = 22 — y + 5.

L&i giai.
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Tap hop gia tri cia P la nghiém cta he.

x2 y2
322 + 1642 = 9 Ttge =1
N @
P=2 —y+5

2
Xet clip (E): - + 45 = 1 va dudmg thing (A): 20—y + P —5 =0

=1 = 8,
—_

6
Hé (*) c¢6 nghiem

9

1
S AdC+BY >0 dgtlqs 2 (P —5)°

25 ) ) 15 25
P — 2 = P — < — —— < P-_5<K —
< ( 5)_16<:>| 5|_4<:> 1S 5 < 1

— < P<L
1 ==

] Ot

=

15 25
= {minP =7 max P = Z}

Vi du 9. Viét phuong trinh duong tron di qua cic giao diém ctia hai elip

22 2 P
E): —+y’=1 (E): =—+==1

Loi giai.

Toa do giao diém cia (E;) va (Ep) la y

nghiém cua hé

{L‘2

2
il -1
16 Y 0
ZEQ y2
72
1716

Xem (I) 1a he phuong trinh bac nhat déi

véi 22 va y? ta co

1
TR 63 11 15
D= |16 — . D= = -
D17 7 LT
4 16 16
1
-1 3
Dp=|16 |=-3
L BTG
4
, Dy 80
= D 91 32 N
Heé (I) ¢6 nghiém D 6 = 22+ = = la phuong trinh duong tron can tim. O
2 _ My Y
Y7 D T o

() BAITAP REN LUYEN

Bai 1. X4c dinh do dai truc 16n; truc bé; tieu cu; tieu diém; tam sai clia céc elip sau:
@D (By): 322 + 49> =5 @ (E2): 922 + 16y? =1

@ (Bs): 2—V3)22+ (2+V3)y=1
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Bai 2. Cho cac elip (E;): 8% + 6y* = 48; (Es): %2 +2y* =2

1) Tim tam sai va viét phuong trinh cac dudng chuan ciia céc elip noi trén.

2) Tim cac ban kinh ctia elip ké tit diém (1;2v/2)

Bai 3. Cho elip (E): 2% + %2 = 1 va duong thang (A): xz+y —3 =0.

1) Chiing minh duong thang (A) khong cat (E).

2) Tim diém M € (E) sao cho khodng céch tit d tit n6 dén dudng thang (A) 1a 16n nhat, nhd nhat.

2 2
Bai 4. Cho elip (E): = + 2 = 1. Tim diém M € (E) sao cho:

4 25
Biéu thitc Q = z + 2y 16n nhat, nhd nhat.

b

)

) Ban kinh qua tiéu diém nay bang hai lan ban kinh qua tiéu diém kia.
c¢) Nhin hai tieu diém dusi mot goc 30°.
)

)

d
e) Nhin hai tieu diém duéi mot géc 120°.

2 2
Bai 5. Cho elip (E): % + % = 1 va duong thang (A): v — yv/2 =2 = 0.

a) Chitng minh (A) ludn cat (E) tai hai diém phan bigt A, B. Tinh do dai AB.
b) Tim diém C € (E) sao cho AABC ¢6 dién tich 16n nhat.

Nhin hai tieu diém duéi mot géc 90°.

Bai 6. Cho elip (E): 422 + 9y? = 36 va diém M (1;1). Viét phuong trinh duong thang qua M va cét
elip tai 2 diém A, B sao cho MA = MB.

(@® BAITAP TRAC NGHIEM

2 2

Cau 1. Elip F: ;—5 + % =1 ¢6 do dai truc 16n bang
A. 5. B. 10. C. 25. D. 50.
Loi giai.
2?2 g
Goi phuong trinh cta elip la >+ = =1, ¢6 do dai truc 16n A1 Ay = 2a. Xét
2 _ —
x y a” =25 a=2>9
EF:—+>==1= = = A;A,=2-5=10
25 9 o9  \b=3
Chon dap an O
Cau 2. Elip E : 42> + 16y? = 1 ¢6 do dai truc 16n bang
A 2. B. 4. C. 1. D. %
Loi giai.
22 P
Goi phuong trinh cta elip la — + = 1, ¢6 do dai truc 16n A; Ay = 2a Xét
a’ L
22 =1 1 1
Eida® +16 =16 =+ =16 41:>a:§:>A1A2:2~§:1
- = b2 = —
4 16 16
Chon dap an @ O
Cau 3. Elip E : 2% + 5y? = 25 ¢6 do dai truc 16n bang
A 1. B. 2. C. 5. D. 10.

L&i giai.
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2 2

Goi phuong trinh cta elip la x_ + ?;—2 =1, c6 do dai truc I6n A; Ay = 2a. Xét
2 2 oy a” =25
E:x+by"=2 —+==1< =a=5= A4, =2-5=10.
25 5 =5

Chon dap an @ O

22
Cau 4. Elip E : m + o1 =1 c6 do dai truc bé bing

A. 8. B. 10. C. 16. D. 20.
Loi giai.
2 2

Goi phuong trinh cta elip la x_ + ZZ—Q =1, c6 do dai truc bé By By = 2b. Xét

B sl T s e BB —2.8-16

4+ =1l =b=8= =2.8=16.
100 64 2 — 64 1o

Chon dap an @ ([l

72
Cau 5. Elip £ 1_6 +y? = 4 c6 tong do dai truc 16n va truc bé bang

A. 5. B. 10. C. 20. D. 40.
Loi giai.
22y

Goi phuong trinh ctia elip la — + b_2 = 1, ¢6 do dai truc 16n A; Ay = 2a va do dai truc bé la

BBy = 2b. Khi do, xét

16 64 b2 =4 b=2
Chon dap an @ O
22y
Cau 6. Elip £ : 2—5 + 6= =1 c¢6 tiéu cy bang
A. 3. B. 6. C. 9. D. 18.

Loi giai.
22 P

Goi phuong trinh cua elip 1a — + = 1, ¢6 tieu cu la 2¢. Xét
a

2 2 a® =25
E:x_+y_:1<:>{ :>02:a2—b2:9:>023:>2026.

25 16 b? = 16
Chon dap an O
Cau 7. Elip £ : % yz =1 ¢6 tiéu cit bang
A. /5. B. 5. C. 10. D. 2V/5.
Loi giai.
22 2
Goi phuong trinh cua elip la —+ 2= =1, c6 tieu cu la 2¢. Xét
? oy a* =9 2 _ 2 32
F.—+==1«< == =5=c=5=2c=2/5.
9 4 V=4
Chon dap an @ O
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2 2
Cau 8. ElipE:m—Q—f—y—Q:l, v6i p > ¢ > 0 c6 tieu cy bang
p q
A p+q. B.p—q. C. p?* — ¢~ D. 2\/p? — ¢>.
Loi giai.
22 2
Goi phuong trinh cta elip la — + = 1, ¢6 tieéu cu la 2¢ Xét
E:x—2+y—2:1©{ , LT CEPr - e= P - @S 20=2p — ¢
p q b*=gq
Chon dap an @ ([l
2 qP .
Cau 9. Elip £ : 100 + 6 =1 ¢6 mot dinh nam trén truc 16n la
A. (100;0). B. (—100;0). C. (0;10). D. (—10;0).
Loi giai.

Goi M la diém nam trén truc l6n ctia £ = M € Ox = M (m;0). Mt khac M € E suy ra

2 m = 10 M (10;0
Z lem=100s = (10:0) .
100 m = —10 M (—10;0)
Chon dap an @ O
72 2
Cau 10. Elip F : 1_6 + 31/—2 =1 ¢6 mot dinh ndm trén truc bé 1a
A. (4,0). B. (0;12). C. (0;2v3). D. (4;0).

Lo gidi.
Goi N la diém nim trén truc bé ctia E=N € Oy=-N (0;n) Mit khac N € E suy ra

n? 2 2 n=2v3 N (0; 2\/5)
G=len = (2v3) = n:_z\/gz> N(o;—2\/§)‘

Chon dap an (C) O

Cau 11. Elip £ : % % =1 ¢6 mot tieu diém la

A. (0;3). B. (0 V6). C. (—v3,0). D. (3;0).
Lai giai. o

Goi phuong trinh cta E 1a :c_ + Z—Q =1, c6 toa do tieu diem F (£c;0) Xét

2
T
E:—
9—0—

oS

a*=9 2 2 12
=1 sf=a2 - =3=c=3.
¥ =6

Vay tieu diém cia elip 1a (\/g, 0) , Fy (_\/3; 0).

Chon dap an (C) O
2 2
Cau 12. Cap diém nao la cac tieu diém cta elip E : = + yz =17
A. F (—1;0) va F5(1;0). B. F(—3;0) va F3 (3;0).
C. Fy (0;—1) va F5(0;1). D. Fy (—2;0) va F5(2;0).
Loi giai.
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2 2

Goi phuong trinh cia E la 33_2 + ¥y
a

i 1, ¢6 toa do tieu diem F (£c;0). Xét

2 =5
E:%—I—y:l@{ slt=d-VP=1=c=1.

Vay tiéu diém ctia elip 1a Fy (1;0), Fy (—1;0).

Chon dap an @ O
Cau 13. Elip £ : x_6 % = 1. Ti s6 e cua tiéu cy va do dai truc 16n cia elip bang
VT 3 5
A e=1. B . e=—. C.e=-. D.e=-.
e e 1 e 1 e 1
Loi giai.
Xét
2 2
a” =16 a® =16 =4 7
E - $_ + y_ =1« = = E = £
16 9 b2 = =7 \/7 a 4
Chon dap an 0
2
Cau 14. Elip F : % + yz = 1. Ti s6 f ctia do dai truc 16n va tiéu cu ctia elip bang

A-f—g- B-f:i. C.f—g. D.f:‘/g

NG 3

Loi giai.

2 P a2=9 a?=9 a=3 . R 2a 3
Xt F: —++==1«< & = .Vay tiso f can tinh la f = — = —.

9 4 {b2:4 =5 c=5 2¢ 5
Chon dap én OJ

72 yz
Cau 15. Elip £ : 1_6 5= 1. T1 s6 k ctia tiéu cir va do dai truc bé cta elip bang
A k=38 B. k= 8. C. k=1 D. k=—

Loi giai.

2P a? =16 =8 b=2v2 2c
Xt F: —4+==1<% & = Vay ti s6 k can tinh 13 k = — =

16 8 b2 =8 2 =8 c=2/2 2b

2v2
s

Chon dap an @ 0
2 2
Cau 16. Cho elip F : 5—5 + % = 1. Trong cac khing dinh sau, khing dinh nio sai?
. 4
A. E ¢6 cac tieu didm Fy (—4;0) va 5 (4;0). B. Ecotisd - = -
a
C. E ¢6 dinh A; (—5;0). D. E ¢6 do dai truc nhé bang 3.
Loi giai.
Ta co
2 2 2 2 a=5
=y Yy
EFE:—4+Z =1F: —4+Z=1= —
25 * 9 52 * 32 b=3

c=vVa2 - =+52-32=4

Do dé6, do dai truc nho cia E 1a 6.
Chon dap an @ O
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Cau 17. Cho Elip E : 22 4 49? = 1. Khing dinh nao sau day la ding?
A. Elip c¢6 tiéu cy bang V3. B. Elip ¢6 truc nhé bang 2.

2 2 S
C. Elip c6 mot tiéu diem 1a F <0; \/?—) D. Elip ¢6 truc 16n bang 4.

Loi giai.
Ta cb )
a=1
22 y2 _1
B+l =le B+ 5 =1= b=3 .
2
Do do:

— FE co tiéu cu F1Fy, =2¢c = V3.
— FE ¢6 truc nhé bang 1, truc 16n bang 2.

? 3 3
— E ¢6 tieu diém 1a F, <—\/7_;o> v F) (%o)

Chon déap an @ OJ
Cau 18. Cho elip E : 422 + 9y? = 36. Tim ménh dé sai trong cdAc ménh dé sau:

A. E c6 truc 16n bang 6. B. E c¢6 truc nhé bang 4.

N .2 5
C. E c¢6 tiéu cu bang V5. D. E c6 tiso - %
a
Loi giai.
a=3
2 P i

TacéE:4x2—|—9y2:36<:>E:§+§:1:> b=2 . Do do6, E c6 tiéu cit bang

c=vVa: -1 =5
2¢/5.

Chon dap an (C) O
Cau 19. Phuong trinh ctia elip E ¢6 do dai truc 16n bang 8, do dai truc nhoé bang 6 1a
2 2 2 2
A 922+ 162 =144, B. 922 +162=1. C —+L =1, D.—+L 1.
S v 9 16 61 " 36

Lai giai.
Xét dap an A. Ta co

2 y2 a=14
E:9x2+16y2:144<:>E:E+§:1: .

Do d6 E ¢6 do dai truc 16n 1a 8, do dai truc nho 1a 6.

Chon dap an @ O
Cau 20. Tim phuong trinh chinh tic clia elip c6 tiéu cit bang 6 va truc 16n bang 10.
2 2 2 2 2 2 2 2
AL B. -+ -1 c.L_ Y 4 D.L4+L -1
25 9 100 81 25 16 25 16
Loi giai.
Elip FE ¢6
FilF,=6=2c c=
v = =b=Va*>—-c2=14
A1A2 =10=2a a =
2 42
Do d6, phuong trinh chinh tic cta elip Id E : — + 6= 1
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Chon dép an (D) O
Cau 21. Elip c¢6 do dai truc 16n 13 10 v& ¢6 mot tieu diém F (—3;0). Phuong trinh chinh tic clia
elip 1a
2 2 72 2 72 2
y x Yy Y Yy
A— = =1. B —+>X==1. c. L +¥ 1. D LY
25 + 9 100 + 16 100 + 81 25 + 16
Loi giai.

— Elip E ¢6 do dai truc 16n 1a 10 = 2a = 10 = a = 5.
— Elip E ¢6 mot tieu diem F (=3;0) = ¢ = 3.
Khi d6, b = va? — ¢2 = 4. Phuong trinh chinh tic ctia elip 1a E : ;—5 + LA

16

Chon dap an @ 0
Cau 22. Elip ¢6 do dai truc nhé la 4v/6 va c6 mot tieu diém F (5;0). Phuong trinh chinh tic clia
elip 1a

2 P 2 2 2 P 2 2

. —+ ==1. B —+==1 C. —+==1. D —+==1.

121 * 96 101 + 96 49 + 24 29 + 24

Loi giai.

— Elip E ¢6 do dai truc nhé 1a 4v/6 = 2b = 46 = b = 21/6.
— Elip E c¢6 mot tieu diem F (5;0) = ¢ = 5.
2 2

Khi d6, a = v/b? + ¢2 = 7. Phuong trinh chinh tic ctia elip 1a E : z—g + 3—4 =1

Chon dap an @ O
Cau 23. Elip ¢6 mot dinh 1a A (5;0) va ¢6 mot tieu diem Fy (—4;0). Phuong trinh chinh tic cta
elip 1a
22 P 2y 2y r
Al —+==1 B —+=—=1. C. —+=—=1 D -+==1
25+16 5+4 25+9 5+4
Loi giai.

— Elip E ¢6 mot dinh 1a A (5;0) € Ox = a = 5.

— Elip E ¢6 mot tieu diém F (—4;0) = ¢ = 4.
Khi d6, b = v/a? — & = 3. Phuong trinh chinh tic ctia elip 1a E : S % -1
Chon dap an (C) O
Cau 24. Elip c¢6 hai dinh 1a (=3;0); (3;0) va ¢6 hai tiéu diém 1a (—1;0); (1;0). Phuong trinh chinh

tac cta elip 1a

Sk

$2 y2 1.2 y2 1'2 y 1'2 y2
A+ 2 =1 B. — +2 =1. C.— +Z =1. D. =+ =1.

9 1 50 9% Ty
L&i giai.

— Elip F ¢6 hai dinh 1a (—=3;0) € Ox va (3;0) € Ox = a = 3.
— Elip E ¢6 hai tieu diém la Fy (—1;0) va Fy (1;0) = ¢ = 1. Khi d6, b = va? — ¢ = 2v/2.
2 2

Phuong trinh chinh tic ctia elip 1a E : % ‘% =1
Chon dap an @ O
Cau 25. Tim phuong trinh chinh tic ciia elip néu truc 16n gap doi truc bé va c6 tiéu cu bang
4V3. 2 2 2 2
y? P T ) T )
A— = =1. B —+==1. C. —4+==1. D —+==1.
16+4 36+9 36+24 24+16
Loi giai.

— Elip E ¢6 truc 16n gap doi truc bé = A1 Ay = 2B By < 2a = 2.20 & a = 2b.
— Elip F ¢6 tiéu cu bing 4v/3 = 2¢ = 4v/3 = ¢ = 2V/3.
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2 .
Tacoa® = 4 < (20)° = + (2\/§> = b = 2. Khi d6, a = 2b = 4. Phuong trinh chinh téc cta
2 2

. T Y

liplaF: —+4+==1

R T

Chondépan@ O

Cau 26. Lap phuong trinh chinh tic ctia elip biét do dai truc 16n hon do dai truc nhé 4 don vi, do
dai truc nho hon do dai tiéu cy 4 don vi.

2 g 2?2 g 72 y? 22 2
A —+=—=1. B. —+=—=1. C— — =1. D —+==1.
64+60 25+9 100+64 9+1
Loi giai.
— Elip E ¢6 do dai truc 16n hon do dai truc nho 4 don vi = 2a — 2b =4
— Elip E ¢6 do dai truc nho hon do dai tiéu cu 4 don vi = 2b — 2¢ = 4.
a—b=2
a—b=2 a=b+2 a=b+2 a=10
Taco6¢b—c=2 = , & ) & = .
a> =b*+(b—2) (b+2) =20 —4b+4 b> —8b =0 b=8
2_ 12 2
a*=b"+c
22 y?
Phuong trinh chinh tic ctaelipla F: — + = = 1.
ng trinh chinh tac cua elip la 100+64
Chondépén@ O

Cau 27. Lap phuong trinh chinh tdc ctia elip biét ti s6 gita do dai truc nhd va tiéu cu bing v/2,

tong binh phuong do dai truc 16n va tieu cy bing 64.
2 2 2 2

z Y z Y z Y ? oy
Al —+==1 B —+—=1. C. —+=—=1 D —+=—=1
12+8 8+12 12+4 8+4

Loi giai.

2b b\/_

Elip E ¢6 tis6 do dai truc nho va tieu cy bing v/2 = % = V2 = ¢ = —=. Mit khac, (2a)*+(2¢)* =
c
bv/2
2 a’+ =b* =16 a2 =12
64 a2+ =16.Tacd 24 2 — 16 = : o . Phuong trinh chinh téc
2 =0 b2 =38
a? = b* 4 2 2
cua elip la F : y_ =1.
12 8
Chon dap an (A) O

Cau 28. Elip c6 mot tieu diem F (—2;0) va tich do dai truc 16n véi truc bé biang 121/5. Phuong

trinh chinh tac cta elip 1a
2 2 2 2 2 2 2 2

2y 2y 2y 2y
AT LY B Y Y 4 c. Z Y DY Y 4

0 "5 36 T 20 445 516
Lai giai.

— Elip E c¢6 mot tieu diem F (—2;0) = ¢ = 2.
— Elip E ¢6 tich do dai truc 16n vé6i truc bé bing 12v/5 = 2a.2b = 12/5 = ab = 3v/5.
3v/5

Ta c6 ab=3v5 T ©=3  blone trinh chinh tie cia olip 1
a CoO p=—4 2 p=— . u’dng rinn cnin aC Cua elp a .
a® — b = 2 3\/3 b2 — 4 b:\/g
b

I‘Q y2

Sl A

o5

Chondépén@ O

Cau 29. Lap phuong trinh chinh tic cta elip c¢6 do dai truc 16n bang 26 va ti s6 ciia tieu cy véi do

dai truc 16n bang —
13
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22 2 P 22 2 2y
A —+Z=—=1 B —+Z==1. C. —4+==1. D —+4+==1.
26 + 25 169 + 25 52 + 25 169 + )
Loi giai.
— Elip E c6 do dai truc 16n bang 26 = 2a = 26 = a = 13.
— Elip E c6 ti tieu e véi do dai true lon bing — = 20 — 22 o= 12,19
ip E c6 ti s6 clia tieu cit véi do dai truc 16n bang T 2a2_ 5 c=30=12
Do d6, b = Va2 — & = 5. Phuong trinh chinh téc ctia elip 1a E : 1% n 3—5 —1.
Chon dap an O

Cau 30. Lap phuong trinh chinh tic ctia elip c¢6 do dai truc 16n bang 6 va ti s6 clia tieu cy v6i do
dai truc 16n bang 3
2 2

x x x x
A.§+%=1. B.§+‘%:1. c.€+%:1. D.§+%:1.
Loi giai.
— Elip FE c6 do dai truc 16n biang 6 = 2a = 6 = a = 3.
— Elip E ¢6 ti s6 ctia tieu ci véi do dai truc 16n bang ; = ;—Z = % =c= %a =1
Do d6, b = va? — 2 = 2¢/2. Phuong trinh chinh t#c cia elip 1a E : %2 + %2 =1
Chon dap an (A) O

Cau 31. Lap phuong trinh chinh tic ctia elip c¢6 do dai truc nhé bang 12 va ti s6 clia tiéu cy véi do

dai truc 16n bang £

22 22 22 22
A —+==1 B —+==1 C. —+==1. D —+==1.
36 + 25 25 + 36 64 * 36 100 + 36
Loi giai.
, 2 P
Goi phuong trinh chinh tac cua elip la E': — + =i =1,v6ia>b>0.

— Do dai truc nho cta elip 1a 12 suy ra 2b =12&0=6.
c 4 4

— Tiéu cy ctia elip 1a 2¢, do dai truc 16n 1a 2a suy ra ti s6 — = B & o= £
a
16 9
Mat khac a®> —b? = ? & a? — 62 = 25@ & 2—5a = 36 < a? = 100. Vay phuong trinh can tim 1a
2 2
100 36
Chon dép an (D) O

Cau 32. Elip ¢6 tong do dai hai truc bang 18 va ti so cua tiéu cu v6i do dai truc 16n bang 5 Phuong

trinh chinh tac cta elip 1a

22 22 P 22 P 2?2 P
A —+==1 B —4+==1. C. —+==1 D —+==1.
5+16 5+4 25+9 9+4
Loi giai.
2 y2
Goi phuong trinh chinh tac cta elip 1a E : b2 =1,v6ia>0b>0.
—T@ngd@daihaitruccuaelip132a+2b—18(:)a+b:9<:)b:9—a.
. 3 3
— Tiéu cy cua elip 1a 2¢, do dai truc 16n la 2a suy ra ti SOE:gﬁc:ga.
a
9
MéaQ—bgzcgsuyra:ag—(9—a)2:2—5a Sa=5(a=45loai vib=9—45= —36 < 0). Vay
h h ch e L L
uong tri antimla F: — 4+ —=1
p ng trinh can tim la 25+16
Chondépén@ O
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2 N £ E . . . N 5
Cau 33. Elip ¢6 tong do dai hai truc bang 10 va ti so cua tiéu cy véi do dai truc 16n bang %

Phuong trinh chinh téc ctia elip la

RO y? 2 P 22 P
A —+==1 B.— = =1. C. —+==1. D —+==1.

25+16 5+4 25+9 9+4

Loi giai.
2 yz
Goi phuong trinh chinh tic cta elip 1a E : b2 =1,v6ia>b>0.
— Tbéng do dai hai truc cia elip 1a2a+2b— 10a+b=5<b=5—a>0.
. 5 5
— Tiéu cy cua elip 1a 2¢, do dai truc 16n la 2a suy ra ti so € % S e = %a.
a
5
Ma a? — 0% = ¢® suy ra a®> — (5 —a)” = §a2<:>a:3 (a =151oai vib =5—15= —10 < 0). Vay
. 2 g

phuong trinh can tim la E : n + i 1
Chon dap an @ O
Cau 34. Lap phuong trinh chinh tic ctia elip, biét elip di qua hai diém A (7;0) va B (0;3).

2?2 P 22 P 22 P 22 P

A —+Z2 =1 B. —+==1. C. —+=—=1. D —+==1

40+9 16+9 9+49 49+9

Loi giai.
2 y2

Goi phuong trinh chinh tic cta elip 1a E : =1,v6ia>b>0.

b2
2

— Elip di qua diém A (7;0) suy ra 7—2 =1<¢a®=49.
a

. 32
— Elip di qua diem B (0;3) suy ra b_ =1 =9

Vay phuong trinh can tim 1a E : 49 —l— % =1
Chon dap an @ 0

. 12 .
Cau 35. Elip di qua cac diem M (0;3) va N (3; —E) ¢6 phuong trinh chinh tac la

2 2 2 2
y? oy Z ) €z )
A— = =1. B —+==1. C. —+==1. D ——-==1
16 + 9 25 * 9 9 + 25 25 9
Loi giai.
) 22 2
Goi phuong trinh chinh tac cua elip la E': — + i 1, v6ia >b> 0.
a
02 2
— Elip di qua diém M (0; 3) suyra—+ﬁ—1<:)b2—9
(%)
- 12 32\ 5 9 144 1
— EhpdlquadlémN(Z%;—g) suyrag%—b—Qzlﬁﬁzl—%.bﬁﬁaz:%.
. R
Vay phuong trinh can tim la F : % + 9=
Chon dap an O
, 3
Cau 36. Elip di qua cac diem A (0;1) va N < ; g) c6 phuong trinh chinh tic 1a
2 2 2 2
y? €z Y a? y Z )
A— = =1. B —+== —+==1. D —+==1
16 + 4 8 + 4 4 1 2 + 1
Loi giai.
) 22 2
Goi phuong trinh chinh tac cta elip la F': — + - i =1,v6ia>b>0.
0? 12
— Elip di qua diém A (0;1) suyra——l———l(:)b2—1

b2
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(\/§>2
) 3 12 2 1 31
—ElipdiquadiémN(l;\/_) suyra — + ~——4—=1& - =1—-.—- & a2 =4.
a
x

Vay phuong trinh can tim 1a E :
Chon dép an (C) O

Cau 37. Tim phuong trinh chinh tdc ctia elip néu noé cé truc 16n gap doi truc bé va di qua diém
M (2; —2)

y? oy a? P 2 P
A— = =1. B —+=—=1 C. —+==1. D —+==1
20+5 36+9 24+6 16+4
Loi giai.
2 y2
Goi phuong trinh chinh tic ctia elip 1a E : b2 =1,v6ia>b>0.
— Elip ¢6 do dai truc 16n gap dai truc be suy ra 2a = 2.2b < a = 2b.
Elip di qua diém M (2; —2) 22+<_2)2 lotpt 1
— Elip di iem ;— ra — = =+ ===
p di qua die ; suy ra — B poaaa e Rl
a=2b a® = 4b* a® =20
Do do, ta c6 hé phuong trinh ¢ 4 N 11 & 1 . 11 & po_s Vay phuong trinh
a2 b2 4 40 b2 4
s y?
tim 1a F : = =1.
can tim la 20 + 5
Chon dap an @ O
Cau 38. Tim phuong trinh chinh tdc ctia elip, biét elip c6 tieu cy bang 6 va di qua A (5;0).
2 2 2 2 2 2 2 2
ALYy B._+2 —1. c.—+L -1 D. -~ +Z4 -1
25 16 25 16 25 9 100 81
Loi giai.
2 yz
Goi phuong trinh chinh tic cta elip 1a E : b2 =1,v6ia>b>0.
— Elip cotléucu_’bang6suyra2c:6<:>c—3(:>a2—b2202:9.
, 52 02
— Elip di qua diem A (5;0) suy ra — + i 1 & a? = 25.
a
a>—b*=9 a® =25 R 2?2 g2
Do do, ta c¢6 hé phuong trinh = . Vay phuong trinh cantimla £/ : —+— =1
a® =25 b =16 25 16
Chon dap an O
Cau 39. Tim phuong trinh chinh téc cia elip, biét elip c6 tieu cit bing 2v/3 va di qua A (2;1).
2 P 22 P 22y 22y
A —+==1. B —+==1. C. —+==1. D —+==1
6 * 3 8 * 2 8 * 5 9 + 4

Lai giai.
2 2

Y

. . € .
Goi phuong trinh chinh tac cta elip la E': — + -5 =1, v6ia > b > 0.
a

—Elipcétiéucu’béng2\/§suyra2022\/§©c:\/§<:>a2—b2202:31.

. 2 _ 22 12 4 1
—EhpdlquadlemA(Q,l)suyra—+b—2—1<:>—+b—2:12.
2
o a2—b2:3 CL =b+3 {CL :b2—|—3 {CL2:6 v .
ul,2suyra ¢ 4 1 = 4 1 = . Vay phuong
S o= — = =1 b' — 26> —3 =0 b* =3
a2+b2 1 b2+3+b2
. 22 2
trinhcantimlaE:E%—?:l
Chondépén@ OJ
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Cau 40. Tim phuong trinh chinh tic ctia elip, biét elip c6 tieu cu bing 8 va di qua diém M <\/ 15; —1) .

y? oy >y >y
A— = =1. B —+==1. C. —+==1. D —+% =1
12+4 16+4 18+4 20+4
Loi giai.
2 y2
Goi phuong trinh chinh tic cta elip 1a E : b2 =1,v6ia>b>0.
— Elip cétiéucu’bangSsuyran:8(:>c:4<:>a —b* =c?=161.
2
V15 —1)? 15 1
— Elip c’[iquadiémM(Vl&—l) suy ra ( 2) +< ) =1 —+—=12.
a b2 a? b
@? =B =16 [a"=b"+16 ?=0+16  [a®=20
Tu 1,2 suy ra & 1 1 & & . Vay phuong
Lyl b1 bt =16 P =4
a’>  b? b2 +16 b2
. R
trinh can tim 1a £ : — + = = 1.
rinh can tim la 50 + 1
Chon dap an @ O
. ) ) .
Cau 41. Elip qua diem M (2; §> va ¢6 mot tieu diem F' (—2;0). Phuong trinh chinh tac cta elip
la 2 2 2 2
=y oy x Y 2y
A —+=—=1. B. —+==1. C. —+==1 D —+==1
9+5 9+4 25+16 25+9
Loi giai.
2 y2
Goi phuong trinh chinh tic ctia elip 1a E : b2 =1,v6ia>b>0.
— Elip ¢6 mot tieu diem 1a F (—2;0) suy rac=2<a’ =0+ =0 +41.
5\ 2
. 5 22 (‘) 4 25
— ElipdiquadiémM(Q;g) suyrag%—z—z:l@;%—@:lz
a> =b>+4 a? =b* 44 =09
Tu 1,2 suy ra § 4 25 & 4 95 { ) . Vay phuong trinh can tim la
222 i | b2 —
o e Prdl o
T Y
F:—+==1
9 * 5
Chon dap an @ O

Cau 42. Phuong trinh chinh téc clia elip ¢6 hai tieu diem Fy (—2;0), Fy (2;0) va di qua diém M (2; 3)

la

z? Y a? Y a? a?
A —+==1. B —+=—=1 C. —+==1. D —+==1
16+12 16+9 16+4 16+8
Loi giai.
) 22 2
Goi phuong trinh chinh tac cua elip la E : ——l-ﬁ—l véia >b> 0.
— Elip ¢6 hai tiéu diém 1a F} (—2;0), Fy (2;0)=c =2 & a®> = b> + 2 = b* + 41.
22 32 4 9
—EhpdlquadlemM(Q3)suyra—+ﬁ—1 —+b—2—12
Tu 1,2 S @ =B +4 {a =0’ +4 {a2—16 Vay ph
ul,2suyraq 4 9 = 4 9 = . Vay phuong
— 1 — =1 bt —4b* — 36 =0 b =12
@R Prdl e
. 2 q?
trinhcan timla £ : — + = =1
16 12
Chondépén@ O

Th.s Nguyén Chin Em 161 https://emncischool.wixsite.com/geogebra



https://www.facebook.com/groups/GeoGebraPro/ Chuong 3 - Hinh hoc 10

Cau 43. Tim phuong trinh chinh tic clia elip néu n6 di qua diém A (6;0) va ti s6 clia tieu cy véi

N 1
do dai truc 16n bang 3

22y 22 22 g 22 2
A —+=—=1 B, —+==1. C. —4+==1. D —+==1.
36+27 6+3 36+18 6+2
Loi giai.
2
Goi phuong trinh chinh tac cta elip 1a E : x_2 + '7;—2 =1,v6ia>b>0.
62 02
— Elip di qua diém A (6;0) suy ra — + = =1<¢ a® = 36.
1 2 1 1 2
— Ti s6 clia tiéu cyc véi do dai truc 16n bang — suy ra <_Z & c_2 &P = e,
2 ) 2 2 a 2 4
. . 3 3
Két hop véi diéu kien b? = a® — 2, ta duge b* = a® — az = Za2 =7 .36 = 27. Vay phuong trinh can
22y
timla F: —+==1
B 6 T o7
Chon dap an @ O
. . ) 5 .
Cau 44. Tim phuong trinh chinh tac ctia elip néu né di qua diem N (2; —5) va ti 8O cua tiéu cu
N 2
véi do dai truc 16n bang 3"
22 P 22 P 2?2y 2?2y
A —+==1. B —4+==1. C. —+==1. D —+==1.
9 + 4 9 + 5 9 + 6 9 * 3
Loi giai.
) 22 2
Goi phuong trinh chinh tac cua elip la E': — + i 1, v6ia>b> 0.
a o\
. 5 2? (") 4 25
— ElipdiquadiémN(Q;—§> suyra?%—b—:j:l(:)—z%—w—ll.
2 2 2 2 4
— Ti s6 clia tiéu cyc véi do dai truc 16n bang — suy ra L_z E =- &2 =-d.
3 2a4 3 5 3 9
Két hop véi dieu kien b = a? — ¢, ta dudc b = a? — §a2 = §a & 9b? = 5a’. Tu d6 suy
4 25 4 25 9
2t et =t L )=t @ =9 ;
ra § @ 90 &S a oa &S a & . Vay phuong trinh can tim la
2 _ £ 2 2 _ k2 2 _ k2 =5
9" = ba 90 = ba 9b° = ba
22 2
EF:—+==1
9 5
Chon dap an O

Cau 45. Tim phuong trinh chinh tc clia elip néu né6 di qua diém A (2; \/§> va ti s6 ctia do dai truc

16n véi tieu cir bang

2
75

2 2 2 2 2 2
y T ) L Y T Y
AT Yy B. - +ZL =1 c.—+L =1. D.—+L =1
16 * 4 4 * 3 3 - 4 4 * 16
Loi giai.
) 22 2
Goi phuong trinh chinh tac cua elip la E': — + i 1, v6ia >b> 0.
a
2
9 22 (V3 4,3
— Elip di qua diem A (2; \/§) suy ra po) + ( b2) =1 <:> b_2 =11.
2 2 2 3
— Ti s6 clia do dai truc 16n véi tieu cit bang — suy ra _a = — &= —-d.
V3 2c \/§ 4
. . 3
Két hop véi diéu kien > = a? — 2, ta duge b? = a® — ZGZ = az & a? = 4b%2. Tt 1,2 suy
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4 3 4 3 4 9
ra § @ b & S 4b b o b & . Vay phuong trinh can tim la
a’® = 4b* a? = 4b? a? = 4p? =4
22 P
E:—4+==1
16 + 4
Chon dap an @ O
2 2
Cau 46. Cho elip F : x_2 + ‘1;—2 =1v6ia>0b>0.Goi2c la tieu cy cia E. Trong cac ménh deé sau,
a
ménh dé nao ding?
A. ?=a®+ b B. ¥ =a® + 2. C. a® =b* + . D.c=a+b.
Loi giai.
Taco c? =a? — b < a® =b>+ 2
Chon dap an @ O

Cau 47. Cho elip ¢6 hai tieu diém Fy, Fy va ¢6 do dai truc 16n bing 2a. Trong céc meénh dé sau,

ménh dé ndo ding?

A. 20 =FF. B. 2a > F\ F5. C. 2a < F\F. D. 4a = F\ F>.
Loi giai.
Tacoa>ce 2a>2c < 2a > 1
Chon dép an (B) O
Cau 48. Cho elip £ : ;—; + %2 = 1. Hai diéem A, B 1a hai dinh ciia elip lan lugt nim trén hai truc
Oz, Oy. Khi dé do dai doan thang AB bing

A. 34. B. V34 C. 5. D. /136.
Loi giai.

Tacda?=25=a=5vab>=9=b=3 Tam gidc OAB vuong, c6 AB = vVOA2+ OB? = /34.
Vay AB = V34
Chon dép an (B) O

Cau 49. Mot elip E c6 truc 16n dai gap 3 lan truc nhoé. Ti s6 e clia tiéu cy véi do dai truc 16n

bang
1 V2 V3 2v/2
A e—-. B.e— Y2 C.e= Y2 D. e Y2
°73 °=73 c= 73 =73
Lo gidi.
Ta co

2
8
My =3BBy = a=30=a =00 =9(a’ - ) = 97 =8’ = 5 = 0 =
a

22

Chon dap an @ O

Cau 50. Mot elip F c6 khoang cach giita hai dinh ke tiep nhau gap 5 lan tiéu cy cia n6. Ti so e

clia tiéu cy véi do dai truc 16n bang

V5 2 V3 V2
A e=—"—. B.e=-. e =—. D.e=—.
e 3 e : C.e = e :

L&i giai.
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Ta co
3
AB:§F1F2:> a? +b% = 3c
:a2+b2:902:a2+(a2—c2) =9¢?
= 2a” = 10¢°
= ¢ L = ¢ \/5 = \/g
—_— = — —_ = — e = ——.
a> 5 a 5 5
Chon dap an (A) O
2 2
Cau 51. Cho diém M (2;3) nim trén dudng elip E c¢6 phuong trinh chinh téc: :U— + ZQ = 1. Trong
cac diém sau day diém nio khong nim trén E:
A. M (-2;3). B. M5 (2;-3). C. M3 (—2;-3). D. M, (3;2).

Loi giai.
Ta c6 diem M ddi xting qua Oz ¢6 toa do 1a (2; —3) . Diém M d6i xiing qua Oy c6 toa do 1a (—2;3).
Diém M d6i xting qua goc toa do O c6 toa do 1a (—2; —3).
Chon déap an @ OJ
. : 2y PN e
Cau 52. Choelip £: — + i = 1. Khang dinh nao sau day la ding?
A. I khong c6 truc d01 xing.
B. E c6 mot truc ddi xing 1a truc hoanh.
C. E c6 hai truc déi xiing 1a truc hoanh va truc tung.

D. E ¢6 vo s6 truc doi xing.

Loi giai.

Ta c6 F c6 hai truc déi xiing 1a truc hoanh va truc tung.

Chon dap an @ O
. : z? Y PRSI s

Cau 53. Choelip £: — + i = 1. Khang dinh nao sau day la ding?
A. F khong c6 tam d01 xing. B. E c6 ding mot tam déi xing.
C. E ¢6 hai tam doi xiing. D. E ¢6 vo sd tam d6i xiing.

Loi giai.

Ta c6 FE c6 ding mot tam doi xing 1a gbc toa do O.
Chon dap an OJ

Cau 54. Elip £ c¢6 do dai truc bé bang tieu cy. Ti s6 e clia tiéu cy véi do dai truc 16n cia E

bang . .
A.e=1. B. e =2 C.e—ﬁ. D.e—g.
Loi giai.
Taco BiBy=FiFa &b=c=0 == (a*—*) = :ﬁzl:gzi.\/ﬁye:i.
a? 2 a 2 V2
Chon dap an (C) O

Cau 55. Elip F c6 hai dinh trén truc nhé cting véi hai tieu diém tao thanh mot hinh vuong. Ti s
e clia tieu cy véi do dai truc 16n clia F bang

A e=1. B. e =2 C.e= D.e=

1
5

s

L&i giai.
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F F. 2 1 1
Ta c6 F) B Fy = 90° = OB, = — 20 =2 = (a? —02)—02:0—225:52—2.\/&1}7
a a
1
e=—.
V2
Chondépén@ O

Cau 56. Elip E c¢6 do dai truc 16n bing 4v/2, cac dinh trén truc nhd va céc tieu diém cia elip ciing

nam trén mot duong tron. Do dai truc nhé ctia F bang

A 2. B. 4. C. 8. D. 16.
Loi giai.
Ta c6 A1 Ay = 42 = a = 2v/2 Va bén diém Fy, By, Fy, B, cling nam trén mot dudng tron = b =
c:>b2:c2:>62:a2—b2:>b:%:2. Vay do dai truc nhé ctia E 1a 4.
Chon dép én (B) O
Cau 57. Cho elip F : f—6 % =1 va M 1a mot diém tiuy ¥ trén £. Khi do:

A 3<0OM <4. B.4<0OM <5. C. OM >5. D. OM < 3.
Loi giai.
Tacoa’?=16=a=4vab>’=9=b=3. MaOB<OM < 0OA<=3<0OM < 4.
Chon dap an @ O
Cau 58. Choelip F : %29 + % = 1 va diém M nam trén E. Néu M c6 hoanh do bing —13 thi
khoang cach tit M dén hai tieu diém bang

A. 10 va 6. B. 8 va 18. C. 13 £/5. D. 13 +£/10.
Loi giai.

Ta c6 a?> = 169 = a = 13, 0> = 144 = b = 12 va ¢ = Va2 — b2 = 5 Toa do hai tieu diém
F1 (=5;0), F5(5;0) M ¢6 hoanh do bang —13 = y =0, M (—13;0) = MF, =8, MF, = 18.

Chon dap an O
2 2
Cau 59. Choelip E : 916_6 + % =1 va diém M nim trén E. Néu M c6 hoanh do bing 1 thi khoang
cach tit M dén hai tieu diém bang
2
A. 3,5 va4,s. B. 3 vab. C. 4+ V2. D.4i\/7_.
Lai giai.

Tacoa? =16 = a =4, 0> =12 = b = 2v/3 vd @ = Va2 —b? = 2 Toa do hai tieu diém

Fi(—=2;0),F,(2;0) M ¢6 hoanh do bang 1 = y = :I:L_
3v5 9 7
M(1.22) o MR =2 ME, = L
( ) 9 ) = 1 27 2 9

Chon dap én@ 0

Do tinh déi xing ctia £ nén chon

Cau 60. Cho elip c6 phuong trinh 1622 + 25y? = 100. Tinh tong khoang cach tit diém M thuoc elip

c6 hoanh do bang 2 dén hai tieu diém.

A. V3. B. 2v/2. C. 5. D. 4v/3.
Loi giai.
2% 5
Ta ¢6 1622 + 2542 = 100 < 2—5+yZ:1a2:Z:>a:§,b2:4:>b:2MF1+MF2:2a:5.
4
Chon dap én@ O
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2 2

Cau 61. Cho elip E : % + 3—6 = 1. Qua mot tieu diém ctia E dyng dudng thing song song véi
truc Oy va cit F tai hai diém M va N. Tinh do dai M N.
64 48 25
A —. B. —. C. 25. D. —.
5 5 2
Loi giai.
22 P a* =100 ,
Xt E: —+—==1= & ? =a%?— b =100 — 36 = 64. Khi do, elip c6 tieu diem 1a
100~ 36 b = 36

Fy (—8;0)= duong thiang d || Oy va di qua Fy 1a 2 = —8. Giao diém ctia d va E la nghiém ctia he
phuong trinh

r=—8 rz=-—8
2 2 & 24
=1 |v=t%
Vay toa do hai diém M (—8; %) N <—8; —25—4> = MN = %.
Chon dap an O
Cau 62. Cho E : ;—; + 31/—; = 1. Mot duong thang di qua diém A (2;2) va song song véi truc hoanh

cit E tai hai diém phan biet M va N. Tinh do dai M N.
A. 3V/5. B. 15V/2. C. 2V/15. D. 5V/3.
Loi giai.
Phuong trinh dudng thang d di qua diém A (2;2) va song song truc hoanh c6 phuong trinh 1a y = 2.

Ta cb
2 2 y=2
LY g |y=2 y =2 M (V15;2)
dNE &< 20 16 S Q2 92 9, 15<:> r=v15 = ( \/52)
_ R — _ :
y=2 20 " 16 r=—V15

Vay do dai doan thing M N = 21/15.

Chon dap an @ O
2 2
Cau 63. Day cung cua elip F : o + :Z—Q =1(0 < b < a) vudng goc v6i truc 16n tai tieu diém c6 do
dai bang
2c2 2b? 2a? 2
A= B. = c. = D L.
a a c c
Loi giai.

Hai tiéu diém c6 toa do lan luot 1a F} (—c;0), Fy (¢;0) . Dudng thang chita day cung vuong goc voi
truc 16n (truc hoanh) tai tiéu diém F c6 phuong trinh 1a A : 2 = ¢. Suy ra

2 2
T Yy r=c r=c Tr=c
—2+b—2—1

ANE &< a & é y_2:1<:> 2:b2(a2—02):b_4<:> _ b_2
t=c a? = b2 Y a? a? Y a’

-~ ~ . - 2 2 N N b2 b2 2b2
Vay toa do giao diem cta Ava Ela M |(¢;— ), N|l¢;—— | = MN = —.
a a

Chon dap an O
2 2

Cau 64. Duong thang d : 3z + 4y — 12 = 0 cét elip E : %

N. Khi dé do dai doan thiang M N bing

+ 2 =1 tai hai diém phan biet M va
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A. 3. B. 4. C. 5. D. 25.
Loi giai.
Toa do giao diém ctia dudong théing d va E 1a nghiém ctia he
3w 3w
—3_ 2= —q_ 2
3r+4y—12=0 |7 4 y—3_ 7 y=3-7
2?2 P =4 5 3z\? & 4 o =0
E‘i‘g:l 2 4 22 —4r =0
—t—=1 x=4
16 9

Vay toa do giao diém I3

N (4;0
Chon dap an @ O
2 2

Cau 65. Gia tri ctia m dé dudong thing A :  — 2y +m = 0 cit elip F : xz + yT =1 tai hai diém
phan biét 1a

A m=42V2. B. m > 2V/2. C. m< —2V2. D. —2v2 <m < 2/2.
Lai giai.
Lap luan tuong tu cau trén
Chon dap an @ O

2 2

Cau 66. Trong mat phang Ozy, cho diém C(3;0) va elip (E): % + yT =1. A, B la hai diém thuoc
(E) sao cho AABC' déu, biét toa do ciia A (a %) va A c6 tung do am. Khi d6 a + ¢ bang

A. 2. B. 0. C. 2. D. —4.
Loi giai.

Y

el "
=

Ta thay C(3;0) 1a dinh ctia é-lip nén dé AABC déu thi A va B phai déi xing qua truc Ox. Suy ra

/()

Ta co )
(5) (ﬁ>
a /3 5 2 a’> 32
A . E :1 R —:1, 1
(2’2)6(”:) 0 T 1 T3 ()
AABC déu nen AB? = AC? & 3¢% = (9—3)2+3i<:> é(9—3>2 thay vao (1) ta dugc
2 A 9 \2 ’ '

2

1 2
56+3<g_3) :1:}@:3:>C:—1(Vic<0).
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Suy ra a+c = 2.

Chon déap an @ OJ
Cau 67. Trong mat phang véi hé toa do Owzy, cho diem C(3;0) va elip (E): % yT =1.AvaB
N . ~ a C\/g N p "
Ia hai diem thuoc (E) sao cho tam giac ABC déu. Biét toa do diém A 3y | v A c6 tung do

am. Khi d6 a + ¢ bang
A 2. B. 0. C. -2. D. —4.
Loi giai.
Ta c6 C la mot dinh ciia elip, thuoc truc Oz. Hon nita CA = CB nén A va B la hai diém déi xing

nhauquaO:c,dodéB(C; C\/_) Tu A € (E) va AB = AC, ta c¢6 he
a?  3c? a2 1 a\ 2
o o (3-9) =1 0
36+4 o 36+3 2 (1)
< a) 302_1<3 a>2 @)
2 4 3 2 '
Tu (1) taco a®> —9a+ 18 =0 & N
a = 6.
2
—Vc’jia:?),tf)_’(2)tacc’)%z%@c:il.

» . . 3¢
—VOla:6,tu’(2)tacoT:O<:>c:0.

Do A ¢6 tung do am nén ¢ = —1,a = 3 thdéa man. Khi d6 a + ¢ = 2.
Chon dap an @ O

2 - , 2 2
Cau 68. Trong mat phang Ozxy, cho diem M (z;y) théa méan \/(m + \/3) + 2+ \/<x — \/§) +y2=4
V10 )
va OM = 5 Khi d6, két qua |zy| 1a

AL B. 4. C.
L&i giai.

. 10
TathayOM:géMe(%):ijLy?:

e \MIO'(

TathéyMthéamén\/(x—i—\/_ + y? +\/ \/3 +y2—4:>Me(E) — eyt = (2)
2 =2

T (1) va (2) ta duge , 1 = |zy| = 1.
V=3

Chondépén@ O

Cau 69.

Ong Hoang c6 mot manh vuon hinh Elip ¢6 chiéu dai truc 16n va truc
nhé lan lugt 1a 60 m va 30 m. Ong chia manh vuon ra lam hai nita
bang mot dudng tron tiép xic trong véi Elip dé lam muc dich st dung
khéc nhau (xem hinh vé). Nita bén trong dudng tron ong trong cay

lau nam, nita bén ngoai duong tron ong trong hoa mau.
Tinh ti s6 dién tich T giita phan trong cay lau nam so v6i dién tich trong hoa mau. Biét dién tich

hinh Elip dudc tinh theo cong thic S = mab véi a, b lan luot 14 nita do dai truc 16n va ntta do dai
truc bé. Biét do rong ctia duong Elip 1a khong dang ké.
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A.Tzl. B.T:§. C.T=1. D.ng.
2 2 3

Loi giai.

Xét hé truc toa do Ozy nhu hinh veé.

Khi d6 duong tron c¢6 ban kinh la R = 15 va elip ¢6 nita do dai

truc 16n la a = 30, nia do dai truc bé la b = 15.

y
Dién tich dudng tron 1a Sy = mR* = 7 - 15% = 2257, 30 @

N
>

30 ®
Dién tich Elip la S(gy = mab = 730 - 15 = 4507.
Dién tich nita bén ngoai dudng tron trong hoa mau la —15
S = S) — Sy = 450m — 2257 = 2257.
. 2257

Vay ti s0 dién tich T = — =1

ay ti so dién tic o5
Chon déap an @ OJ

Cau 70. Trong mat phing véi hé toa do Oxy, viét phuong trinh chinh tic clia e-lip ¢6 truc 16n gap

doi truc bé va co tiéu cu bang 4\/3.
2 2 2 2 2

[\

z Y ? oy x Y z Y
Al —+==1 B —+-=—=1. C. —+==1. D —+=—=1.
36+9 24+6 36+24 16+4

Loi giai.
) 2?2
E-lip can tim ¢6 dang—2+b—2:1 (a>b>0). Taco
a

2c = 4v/3 c=2V3

a=2b S =4
a?=b*+ 2 a® = 16.
Vay elip cin tim Ia &+ ¥ — 1
ay e-lip can tim la — + = = 1.
Chon dap an @ O
Cau 71. Phuong trinh chinh tic ctia elip c6 do dai truc 16n bang 8, do dai truc bé bang 6 1a
2?2 P 2?2 P . 2?2 P b 2?2 P
A —+=—=1. B —+>==1. . — 4+ ==1. — 4+ ==1.
9+16 64+36 8+6 16+9
Loi giai.
Do dai truc l6n bang 2a = 8 nén a = 4.
Do dai truc bé bang 2b = 6 nén b = 3
Phuong trinh chinh tic ctia elip 1a 1_6 + % =1.
Chon déap an @ OJ

Cau 72. Cho elip (E) ¢6 do dai truc 16n gap hai lan do dai truc nho va tieu cy bang 6. Viét phuong
trinh cta (F)?

22 g 22 P 22 P 2
A ——==1. B —+==1. C. —+==1. D —+==1.
12 3 12+3 3+12 48+12

Loi giai.
22y
Phuong trinh (E) ¢6 dang——i—b—2:1, (0 <a<b).
T gid thiét, ta c6 a = 2b,2c = 6 = ¢ = 3.
V' =3
Maa? - =c =4 - =9 =
a® = 12.

Vay phuong trinh (F) la E - % =1.
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Chon dép an (B) O
2 2
Cau 73. Trong mat phang véi hée toa do Ozy, cho &-lip (E): §—5 + % = 1. Diém M € (E) sao cho
FiMF, = 90°. Tim ban kinh duong tron noi tiép tam giac M Fy F,.
1
A. 2. B. 4. C. 1. D. 3
Loi giai.
Ta c6 é-lip (F) ¢6: a =5, b =3 =c =4, 1F, = y
8. bat MFy = m, MF, = n,(m > 0,n > 0) ta c¢6 he:
m4+n=2a=10 [m+n=10 b
=4
m? +n’® = 64 m-n = 18.
Chu vi tam giac M F1F5 1a 2p = m +n + 2c¢ = 18, dién A [ o P A
tich tam gléC MF1F2 la SAMF1F2 = §m -n =9. Ban T
. S 9
kinh duong tron noi tiep r = — = 9= 1
p
B/
Chon dap an @ O

Cau 74. Cho elip (E) c6 phuong trinh 922 + 25y? = 225. Tim khing dinh sai trong cac khang dinh
sau?

A. (E) c6 tieu cy bang 4. B. (E) c6 truc nho bang 6.

C. (E) c6 cac tieu diem Fy(—4;0) va Fy(4;0). D. (E) c6 truc 16n bang 10.
Loi giai. o
Ta c6 (E): 922 + 25y :225@;7—5+% —1.Tacba=50b=3=c=+a— 02 =4 Suy ra ticu c
ciia (F) bang 2¢ = 8.

Chon déap an @ O
2 2
Cau 75. Trong mat phiang Ozy, cho diém C(3;0) va elip (E): % + yT = 1. A, B la hai diém thuoc
X < L ~ 2 a (:\/§ N ~ ~ A~ . P2 >
(E) sao cho AABC' déu, biet toa do ctia A 55 | Ve A ¢6 tung do am. Khi d6 a + ¢ bang
A 2. B. 0. C. -2. D. —4.
Loi giai.
)
B

/——]\ o
“_J/ x
Ta thay C(3;0) la dinh ctia é-lip nén dé AABC déu thi A va B phai déi xiing qua truc Ox. Suy ra

B <9; —£>
2 2
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Ta co

DI G
5 9 9 T 1 “ 31

a\? (@)2
A (gc—\/§> € (E) < (§> ’ @ 3 (1)

\ 2 32 4 2
AABC déunen AB? = AC? & 3¢ = (g - 3) + % == (g - 3) , thay vao (1) ta dugc

a® 1 N
__|_§(__3> =l=a=3=c=-1(vie<0).

36 2

Suy ra a+c = 2.

Chon dap an @ 0
Cau 76. Trong mit phing véi hé toa do Ozy, cho diém C(3;0) va elip (E): % + yT =1 Ava B
e ) a 3\ ., R
la hai diém thuoc (E) sao cho tam gidc ABC déu. Biét toa do diém A g |7 A c6 tung do
am. Khi d6 a + ¢ bang

A 2. B. 0. C. —2. D. —4.

Loi giai.
Ta c6 C la mot dinh ciia elip, thuoc truc Oz. Hon nita CA = CB nén A va B la hai diém dbi xting

nhauquaO:c,dodéB(S 0\2/_) T A € (E) va AB = AC, ta c¢6 he
a? 3¢ a’> 1 a\ 2
= S+ (3-9) =1 0
36+4 o 36+3 2 ()
a\? 3c? 32 1 a\ 2
s=(3-2) +2 |5 =-(3-3) @
‘ 2) T 13 2) @
a =
T (1) taco a®* —9a+ 18 =0 &
a = 6.
32 3
—Véia:B,th(Q)tacé%zzc)c:il.

" . . 3¢
—lea:6,tu’(2)tacoT:O<:>c:0.

Do A ¢6 tung do am nén ¢ = —1,a = 3 thdéa man. Khi d6 a + ¢ = 2.
Chon dap an @ O

Cau 77. Trong mat phang Oxy, cho diém M (x;y) théa man \/(x + \/5)2 + 2+ \/(x — \/3)2 +y2=4

v 10 )
va OM = 5 Khi d6, két qua |zy| 1a

Al B. 4. c. Y10 D. 3
4 2
Loi giai.
. 10 5
TathayOMzg = M € (%): 1:2—1-3/2:5. (1)
2
TathéyMthéamém\/(m—l—\/_ + 1/ +\/( \/§ +y2—4:>ME(E) — 4y = (2)
7 =2
Tu (1) va (2) ta duge , 1= lzy| = 1.
¥y =3
Chon dap én@ O
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Cau 78.

Ong Hoang c6 mot manh vuon hinh Elip ¢6 chiéu dai truc 16n va truc
nhé lan lugt 1a 60 m v 30 m. Ong chia manh vuon ra lam hai nita
bang mot dudng tron tiép xic trong véi Elip dé lam muc dich s dung
khac nhau (xem hinh vé&). Nita bén trong dudng tron ong trong cay

lau nam, nita bén ngoai dudng tron ong trong hoa mau.
Tinh ti s6 dién tich T giita phan trong cay lau nam so véi dién tich trong hoa mau. Biét dién tich

hinh Elip dugc tinh theo cong thic S = mab véi a, b lan lugt 1a nita do dai truc 16n va ntta do dai
truc bé. Biét do rong ctia duong Elip 1a khong dang ké.

A.Tzl. B.T:§. C.T=1 D.T:g
2 2 3

N
>

Loi giai.

Xét hé truc toa do Ozy nhu hinh veé.

Khi d6 dusng tron c¢6 ban kinh la R = 15 va elip ¢6 nita do dai
truc 16n 1a a = 30, nia do dai truc bé la b = 15.

)
Dién tich dudng tron 1a Sy = mR* = 7 - 15% = 2257, 30 @

30 ©
Dién tich Elip 1a S(g) = mab = 730 - 15 = 4507.
Dién tich nita bén ngoai dudng tron trong hoa mau la —15
S = Sip) — S(c) = 450 — 2257 = 2257
. 225T

Vay ti s6 dién tich T'= —— =1

ay ti so dien tic 595
Chon dap an @ O

Cau 79. Trong mit phiang véi hé toa do Oxy, viét phuong trinh chinh tic clia e-lip ¢6 truc 16n gap
doi truc bé va c6 tieu cu bing 4v/3.

22 P 22 P 2?2 22 P
A —+==1. B —+==1. C. —+==1. D —+==1.
3679 2476 36 24 6 4
Loi giai.
. R
E-lip can tim c¢6 dang — + w= 1 (a>b>0). Taco
a
2c = 4V/3 c=2V3
a=2b &Y=
=0+ a’ = 16.
. eI
Vay e-lip can tim 1a — + >~ =1
ay e-lip can tim la 16+ 1
Chon dap an @ O
Cau 80. Phuong trinh chinh tic ctia elip c6 do dai truc 16n bang 8, do dai truc bé bang 6 1a
R 22 g . 2?2 P b 2?2 P
A —+==1. B —+=—=1. . — 4+ ==1. . —+==1
9+16 64+36 8+6 16+9
Loi giai.
Do dai truc 16n bang 2a = 8 nén a = 4.
Do dai truc bé bang 2b = 6 nén b = 3.
2 2
Phuong trinh chinh téc ctia elip 1a f_(i + % =1
Chon dap an @ O

Cau 81. Cho elip (E) c¢6 do dai truc 16n gap hai lan do dai truc nhé va tieu cy bang 6. Viét phuong
trinh cia (E)?
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2y 2 P 22y 2 2
A ——==1. B —+=—=1 C. —+==1 D —+==1
12 3 12+3 3+12 48+12
Loi giai.
R
Phuong trinh (E) ¢6 dang St = I, (0<a<hb).
Tu gia thiét, ta c6 a = 20, 20—6:>c:3.
v =
Maa?—b0?=c® =4 - =9 =
a* = 12.
2 P
Vay phuong trinh (F) la D - 3= 1.
Chon dap an O
2 2
Cau 82. Trong mit phang Ozy, cho diem C (2;0) va elip (E) : % + yT = 1. Tim cac diém A, B

thuoc (E), biét ring 2 diém A, B dbi xiing nhau qua truc hoanh va tam giac ABC 1a tam giac déu.
Khi d6 dién tich S ciia tam giac ABC 1 két qua nao dudi day?

4\/' 161/3 48V/3 16
A S= B S=——. S = D. S=—.
5= T S 49 C.5 49 S 49
Lo giai.
Goi A (z;y). Do A, B ddi xting nhau qua Oz nén B (z; —y) va Oz la dudng trung tryc ctia BC
C6 C(2;0) € Oz. Suy ra CA=CB = +/(z —2)* + 42, c6 AB =2y

2

2
1
CéA($;y)E(E):%+yT:1:>y2:Z(4—x2). (1)

ANABC déu < AB = AC = BC
& 4y =(z -2+’

& 3= (-2 (2
T (1) va (2) ta duge 2 (4—2%) = (z—2)°

& TP —160+4=0
r=2=y=0(=0C)

< L2 L3
TTYTET
2 43 2 43 2 43 2 443
ay Al =;— | vaBlo;——— | hay Al =;—— |, B| =, — |-

Vay (7’ 7 )Va <7’ ) v (7’ 7 ) (7’ 7

8v/3 ABQ.\/_ 48v/3
Khi dé AB—T SABC’— 1 = 49 .
Chon dap an (C) O
Cau 83 (dangvanquanggbl@gmail.com).

2 .2

Trong mat phang toa do Oxy, cho diem C(2;0) va elip (E): xz + yT = 1. Cac diém A, B thuoc (E)

va A, B ddi xiing qua truc hoanh dong thoi tam giac ABC' 1a tam gidc déu. Goi S, P, R, r 1an lugt
la dién tich, chu vi, ban kinh dudng tron ngoai tiép, ban kinh dudng tron nai tiép tam giac ABC.

Menh dé nao sau day 1a sai?

S P S S R
A —<1. B. — >4 C. —<1. D —=—.
V3 V3 P P2
Loi giai.
Goi A(a; ).

Vi A, B ddi xiing véi nhau qua truc hoanh suy ra B(a; —b).
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a? b a?
CéA(a;b)6(E)<:>Z+T=1(:)b2:1—z (1)
Tam giac ABC can tai C' nén tam giac déu AB = AC < 41 = (a — 2)° + b? (2)
T (1), (2) ta c6 he
(2
a:§ T
b2 — o CL_2 b2 o 48 b = %g
4 & T 49 & | 5
4 = (a —2)* +b* o= a=-
() X
b= - 43
L7
2 4
A =) \/g 3 B 2a _4\/5
T 7 7
4
A(2 43 5(2 4v/3
7T ) 7T
12 4 24 2 4
KhidéABz%g;d(C’,AB):7suyraS:i—\g/g;P: ,;/g;rz?;R:?.
Chon dap an O
Cau 84 (chitoannd@gmail.com). Trong mat phang véi hé toa do Owy, cho elip c6 phuong trinh
2 2
(E): f—6 + % = 1. Xét diém M chuyén dong trén tia Oz va diem N chuyén dong trén tia Oy sao

cho duong thang M N luon tiép xtic v6i (E). Biét rang khi toa do ctia M, N théa man doan M N c6
do dai nhé nhat. Gia tri nhé nhat d6 thuoc khodng nao dudi day.

A. (6;9). B. (v21;2v7). C. (46;48). D. (48;50).
Lo giai.
Gia st M (m;0), N(0;n) v6i m > 0; n > 0 I hai diém chuyén dong trén hai tia Oz, Oy.
Phuong trinh ciia duong thang M N : z + I 1=

m n
S 1)? 1\?
Duong thang tiép xtc véi (E) khi va chi khi 16(—) + 9(—) =1
m n

Ap dung bat dang thic Co-si ta c6

16 9 2 2
MN? = m? +n® = (m® +n°) (WJ“ﬁ) =254+ 16 +0° > 254216 9=49 = MN > 7.

16n*  9m?
7 m? 2 m=2v7 [M(2v7;0)
Dang thiic xay ra khi va chi khi: 2 2 _ 49 =
meAnT =49 7 a1 N (0;v21).
m>0,n>0

Chon dap an @ O

Cau 85 (chitoannd@gmail.com). Trong mit phang v6i hé toa do Oxy, cho elip ¢6 phuong trinh:
(E): f—; + %2 = 1. Xét diem M chuyén dong trén tia Oz va diem N chuyén dong trén tia Oy sao
cho duong thang M N luén tiép xic véi (E). Biét rang khi toa do ctia M, N théa man doan M N c6
do dai nhé nhat. Tinh gi tri ctia bicu thic T = 2018z, + 2019\/§yN.

A. T =10093V/7. B. T = —2021/7. C. T = 10039V/7. D. T = 2021/7.

L&i giai.
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Gia st M (m;0), N(0;n) v6i m > 0; n > 0 1a hai diém chuyén dong trén hai tia Ox, Oy.

Phuong trinh ctia dudng thang M N : z + y_q= 0.
m n

s 1)? 1)?
Duong thang tiép xtc véi (£) khi va chi khi 16 <—> +9 (—> =1.
m n
Ap dung bat déng thic Co-si ta c6

16 9 2 2
MN? = m? +n® = (m® +n?) <W+¥> = 25416 +9° > 25+ 2V16 9 =49 = MN > 7.

16n2 _ 9m?

7 m? 2 m=2v7 [M(2v7;0)
Dang thic xay ra khi va chi khi: 2 2 _ 410 & =
m”+n” =49 n=+v21 N(O;\/2_1>.

m>0,n>0
Suy ra T = 2018z + 2019v/3yny = 10093+/7.
Chon dap an (A) O
Cau 86 (Nguyén Dang Ding-Tén FB: Ding Nguyén Diang).
2 2
Trong mit phang toa do Oxy, cho diém A(2; \/g) va elip (F): % + % = 1. Goi I, Fy la cac tiéu

diém ctia (E), (F, c6 hoanh do am), M la giao diém c6 tung do duong clia dudng thang AF, vé6i
(E), N la diém d6i xiing v6i Fy qua M. Ban kinh R clia duong tron ngoai tiép tam gidc ANF, c6
do dai la

23

A.R=1. B. R 3 C. R=2. D. R = /3.
Loi giai.
y
N
M A

P
A

2 2
Tacé(E):%+%=1:>02:a2—b2:3—2:1.

Do do Fi(—1;0), F»(1;0).
Phuong trinh dudng théng AF: z — 3y + 1 = 0.

M 1a giao diém c6 tung do duong clia duong thang AFy, véi (E)
22 P

2
Suy ra toa do M 1a nghiém cta hé phuong trinh ¢ 3~ 2 =M ( ; 7)
x — \/gy +1=0 3
5) v = (1)
— | vaNA=|1,——).
Ma FhA = (1;4/3) = NA- F,A = 0 = AANF, vuong tai A nén dudng tron ngoai tiép tam gidc nay
c¢6 duong kinh la F5N.

N la diém déi xtng v6i F» qua M suy ra N (1;
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. 2V3
Suy ra ban kinh ctia duong tron ngoai tiep tam giac ANF, la R = T\/_
Chon dap an O
2 2
Cau 87. Trong mat phang Oxy, cho diém C (3;0) va elip (E) SUME S A, B 1a 2 diém thuoc

9 1
) va A ¢6 tung do am. Khi d6 a + ¢ bang:

(E) sao cho A ABC déu, biét toa do cia A <C2L %

A 2. B. 0. C. —2. D. —4.
Lo giai.
Nhan xét: Diém C (3;0) 1a dinh ctia elip (E) = diéu kién can dé AABC déu dé 1a A,B déi xing v6i
nhau qua Ox. Suy ra A,B la giao diém ctia duong thang A : z = z va elip (F)

+=—=1=

+ Ta c6 elip (E): yT

Cal
9

B
+ Theo gia thiét A c6 tung do am nén toa do cla /— —‘]\
1 .
A <x0; ——v9 — xOQ) (dieu kién 2o < 3 do A # C) —J/C
A

3 S x
1
+ Ta c6: AC = \/(3—x0)2+§(9—x02)
va d(C;A) = |3 - I0|
N 3 3 1
+ AABC deu d(C;A) = \/T—AC = |3 — £U0| = g\/@ — {Eo)2 + § (9 — :1702)
3 1
<:>(3—J70)2: |: —I02 —[L‘o ]
1 3 (t/m 3 /3 a=3
& x02——x0—|——:0<:> (t/m) = A —;—£ = =a+c=2
3 2 3 2 2 e 1
Ty = 3
Chon dap an @ O
2 2
Cau 88. Cho elip (E): f_6 + % = 1 va diem M nim trén (E). Néu diem M c6 hoanh do bing 1 thi
cac khodng cach tit M téi 2 tieu diém ctia (E) bang bao nhiéu?
2
A.3,5va45. B. 44+ +/2. C. 3va 5. D. 4i\/7_.
Loi giai.
2 2
Gié st phuong trinh (E): e + = 1(a>b>0).
a’ =16 a=4 a=4
Ta c6 = =
b =12 c=a*-bv =4 c=2.
Goi Fy, Fy lan lugt 1a hai tieu diém cta Elip (E), M (1;yux) € (E), ta c6
c 1
MF1:CL—|——{L'M:4+—'1:4,5
a 2
1
MFy=a—Sey=4—=.1=3p5.
a 2
Chon déap an @ OJ
2 2
Cau 89. Trong mit phang Ozy, cho diem C (2;0) va elip (E) : % + yT = 1. Tim cac diém A, B

thuoc (E), biét ring 2 diém A, B dbi xiing nhau qua truc hoanh va tam giac ABC la tam giac déu.
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Khi d6 dién tich S clia tam gidc ABC 1a két qua nao dudi day?
4\/’ 16v/3 48V/3 16

A S= B.S=——7— S = D.S=—.
o= T S 49 C.5 49 S 49

Loi gii.
Goi A (z;y). Do A, B ddi xting nhau qua Oz nén B (z; —y) va Oz la dudng trung tryc ctia BC
C6 C(2;0) € Oz. Suy ra CA=CB = +/(z —2)* + 42, c6 AB =2y

2 2

1
CéA(x;y)e(E):%—I—%zlégﬂzz(él—ﬁ). (1)

ANABC déu < AB= AC = BC
e 4yt = (z—2)7 44>

& 3yt =(z-2)" (2
Tt (1) va (2) ta duge 2 (4—2%) = (v —2)°

s TP —160+4=0
r=2=y=0(=C)

=
2 4/3
_:|:_
=gV 7
2 44/3 2 43 2 43 2 44/3
ay A 2. 22 Bz hay A B(Z.2X2).
Ve (7’ 7 )Va (7’ 7> (7 7 ) <7’ 7
8v/3 AB2.\/3 483
Kh AB_— — — .
ido 7 Saso = — 19
Chondépén@ O

Cau 90. Mot hinh elip ¢6 do dai cac ban truc la a, b, dién tich ctia hinh elip duge tinh theo cong
thiic wab. Hinh elip tai Washington, DC ¢6 chiéu dai truc 16n va truc nhé lan luct 1a 1074 m , 386

m. Tinh dién tich cta elip.

A. 41456471 m?. B. 2072827 m?. C. 414564 m?2. D. 1036417 m?.
Lai giai.
Dién tich elip tai Washington, DC la S = 7 - 537 - 193 = 10364 17.
Chon dap an @ O
Cau 91. Mot ngusi xay mot bézcé hinh elip ¢6 do dai truc 16n 3 m va do dai truc nho 2 m.
Néu elip c¢6 phuong trinh x_ + Z—z =1 (a > b > 0) thi chu vi cta elip duge tinh theo cong thic

C=m [3(@ +b) — /(3a+ b)(a +3b)|. Chu vi ctia bé ca gan v6i gia tri nao nhat trong cac gia tri
sau?

A. 791 m . B. 7,93 m. C. 7,95 m. D. 7,97 m.
Lo giai.

Theo bai ra a = —,b =1 nén chu vi cua elip la C' = 7,93 m.
Chon dap an O

Cau 92. Trong mat phing v6i hé toa do Ozy, mot chat diém c6 phuong trinh chuyén dong la

l\DIOJ

x = 5sint vay = 2cost, trong do t c6 don vi las; x,y c6 don vi la m. Quy dao ciia chat diém thudc

duong nao sau day?

A. Mot duong tron. B. Mot duong parabol.
C. Mot duong hypebol. D. Mot duong elip.
Loi giai.
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- sint 2 y2
Ta c6 2 = 5 + 55 = 1. Nen quy dao ciia chat diem thuoc duong elip.

5 = cost 2
Chon déap an @ OJ
Cau 93.

Cita chinh ctia 6ng Dang gom hai phan, phan trén 13 mot nita ctia elip c6 do /\
dai truc 16n, truc nho lan lugt 1a 1,8 m va 1 m, phan bén dudi 1a hinh chit

nhat cao 2,3 m. Biét dién tich ctia elip ¢6 ban truc a,b 14 wab, dién tich ctia
nha gan véi gid tri ndo nhat trong cac gia tri sau?
A. 5,554 m?.
B. 5,078 m?.
C. 5,73 m?.
D. 5,78 m?.
Loi giai.
Dién tich ctta nha la S =0,9-05-7 + 1,8 - 2,3 &~ 5,554 m?.
Chon dap an @ O

Cau 94. Nhin tir trén cao xuéng phan ria ctia san van dong Maracana (Brazil) ¢6 hinh dang mot
elip v6i do dai truc 16n, truc nhé lan lugt 1a 320m, 250m. Chu vi clia elip nay gan véi gia tri ndo
nhét, biét elip voi do dai cac ban truc 1 a,b ¢6 chu vi C = 7 [3(@ +b)— /Bath)at 3b)].

A. 912,81 m. B. 899,35 m. C. 898,73 m. D. 998,52 m.
Laoi giai.
2a = 320 a = 160
Ta co =
2b = 250 b= 125.

Suy ra chu vi ctia san van dong Maracana la

C = [3(160 + 125) — /(3 160 + 125)(160 + 3 - 125)| ~ 898,73 m.

Chon dép an (C) O

Cau 95. Quy dao ctia sao hda la elip c6 ban truc 16n 227,9 triéu km, tam sai e = 0,0934 va quay
quanh mat troi mot vong hét 687 ngay. Dinh luat Kepler th hai khédng dinh ring: duong ndi mot
hanh tinh v6i mat troi quét qua nhitng dién tich bang nhau trong nhitng khodng thoi gian bang
nhau. Biét dién tich ciia elip ¢6 cac ban truc a, b bang wab, tinh dién tich ma dudng ndi sao hoa va

mat troi quét qua trong 1 giay.
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A. 2631 trieu km?. B. 2737 triéu km? . C. 2832 trieu km?. D. 2884 trieu km?.
Loi giai.
Ta c6 e = ¢ = ¢ =ea = 21,28586,b = Va2 — 2 ~ 226, 9, dién tich cta elip giéi han béi quy dao
clia sao héa&S =7-227,9-226,9-10'% ~ 162453, 3583 - 10'2.

S
Dién tich quét t lgiayla ——— ~ 2 trieu km?.
ién tich quét trong 1 giay la 657 943600 737 triéu km

Chon dap an O
Cau 96. Trong mit phing toa do Oxy, cho elip (E) c6 phuong trinh 1a ma?+ny? =1 (n > m > 0).

Tim toa do cac tiéu diém Fy, F; clia elip (E) (v6i Fy ¢6 hoanh do am)

A, Fy (—y/m=m0), By (Vi = 0). ( \/7% ) <\/7%
C. F (Vi —n:0) . Fy (Vi? —%:0). ( V5= Lo ) (\/F >

Loi giai.
2 P
max? + ny? —1:>—+T:1

/1 /1 1
Vay a = b_\/7 =Va2 -2 =1/———.
m o n

Chondapan O

Cau 97. Trong mat phang toa do Oxy, cho elip (F) c6 phuong trinh 1a mz? +ny? = mn (n > m >
0). Tim toa do cac tiéu diém Fy, F, ctia elip (E) (v6i Fy ¢6 hoanh do am).

A. Fy (—/n—m;0), F; (vn —m;0). B. Fi(n? —m?%0), Fr(m? — n%0).

C. Fi(—n+m;0), F5(n —m;0). D. Fy (—vn? = m?0) , F5 (vVn* —m?%0).

Lai gidi.

2 2
mx2+ny2:mn:x—+y—:1.
n o m
Vay a = v/n,b=+/m = c=+/n—m.
Chon dap an @ O
2 2
Cau 98. Trong mit phang toa do Oxy, cho elip (E) c6 phuong trinh 1a m_2 - g;—Q =1(a>b>0).
a

Biét (E) c6 do dai truc 16n gap k 1an do dai truc nhd. Ti s6 gitta tieu cy va do dai truc 16n bang

o1 NGRS ! k
A YEZD B YV C

. —— D —.
k k k2 —1 VEZ+1
Loi giai.
Do dai truc 16n bang 2a, do dai truc bé bang 2b va tiéu cy bang 2c, véi ¢ = Va2 — b2. Ta cb

2 2
1

2a:k2b<:>a:kb,k;éO.MécQZaQ—bgnén@:ag—%:%zl—ﬁ.

2c ¢ k2 —1
Khid6 — = - = ——.
' 02(1 a k

Chon dap &n (A) O

2 2

Cau 99. Trong mit phang toa do Oxy, cho elip (E) c6 phuong trinh 1a x_ + v

b2
210

. 2 ‘
3 ) va ¢6 tiéu cy bang 3 do dai truc 16n. Do dai truc nhé cua (E)

=1(a>b>0).
Biét (F) di qua diém M <

bang
A. V3. B. 2V/3. C. V5. D. 2v/5.

L&i giai.
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1
Ta c¢6 ¢ = Va2 — b2, c—ga ViMe (E)nén -+ — =1
a

5 1 8 N
Ma b? = a —02—§a2néntac()—2+—2:1. Do d6 a®> = 9. Suy ra b = /5. Do dai truc nhé bing
a

a

21/5.

Chon dap an @ [l
2 2

Cau 100. Trong mit phang toa do Ozy, cho elip (E) c¢6 phuong trinh la :I;— + 3;—2 =1(a>b>0).

Biét (E) di qua diém M (8;12) va MF = 20, véi F 13 mot tieu diém co hoanh do am cua (£). Do

dai truc 16n cia (F) bang

A. 8. B. 16. C. 32. D. 36.
Lo giai.
, , e o \ 64 144
Goi F(—¢;0),¢>0.Taco MF =20« (84¢)*4+12°=20"=c=8. Vi M € (FE) nén —+b—2 =1.
Ma b? = a? — ¢* = a® — 64 nén ta c6
2
64 144 a® =16
— =1¢a' —272a° + 4096 = 0 &
a?  a? — 064 a? = 256.
Ta c6 b> > 0 = a? > 64. Suy ra a? = 256 < a = 16. Khi d6 do dai truc 16n bang 32.
Chon dap an @ ([l
2 2
Cau 101. Trong mit phang toa do Ozy, cho elip (E) c¢6 phuong trinh 1a :r;_2 -+ ?;—2 =1(a>b>0).
a

Biét ring (E) di qua diém M(2;1/14) va cic dinh trén truc nhé nhin hai tieu diém duéi mot géc
vuong. Do dai truc nhé cia (F) bang
A. 8. B. 16. C. 4. D. 32.
Lo giai.
Dit ¢ = Va2 — b2. Goi B 1a dinh tren truc nhé, Fy, Fy 1a hai tieu diém.
Khi dé6 tam giac FyBF, vuong can tai B nén b = %FlFQ = c. Do d6 a® = b? + % = 21°.

4 14 4 14
Mit khéac M € (F) nén ¥+b_2:1 oTE + = 2 = 1. T d6 suy ra a® = 32, b*> = 16. Vay 2b = 8.
Chon dap an @ 0
2 2
Cau 102. Trong mit phang toa do Ozy, cho elip (E) c6 phuong trinh 1a :r;_2 + ?;—2 =1(a>b>0).
a

Biét ring (E) di qua diém M(4v/3;2) va cic tieu diém nhin hai dinh trén truc nhé duéi mot géc
60°. Tieu cy cta (F) bang
A 23 B. 4/3. C. 6v/3. D. 8/3.
Loi giai.
Dit ¢ = Va2 — b2. Goi By, B, 1a hai dinh trén truc nhé, F 1a mot tieu diém.

. R 2bv/3
Khi d6 tam giac F'By By deu canh 2b nén ¢6 chiéu cao ¢ = T\/_ = bv/3. Do d6 a2 = b? + ¢ = 4b%.

48 4 48 4
Mt khac M € (F) nen—+b—2:1 @Jrﬁ—l.TfIdésuyrabQ:lG, a? = 64, c = 44/3. Vay
2¢ = 8+/3.
Chon déap an @ O
2 2
Cau 103. Trong mit phang toa do Ozy, cho elip (E) c6 phuong trinh 1a I— + ‘ZQ =1(a>b>0).

P ) N .
Biét rang (F) di qua diém M ( \3/_ ) va khoang cach tit mot dinh nam trén truc 16n déen mot

dinh ndm trén truc nhé bang tieu cy. Do dai truc 16n clia (E) bang
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A. V10. B. 2V/10. C. V14. D. 21/10.
Lo gii.
Goi A(a;0), B(0;b) 1a hai dinh. Khi d6 AB = 2¢, suy ra a* + b* = 4¢°.
Ma ¢® = a® — b? nén 3a® = 50°.

25 1
Mat khac M € (E) nén o + -5 = 1. Tit d6 suy ra b2 =6, a®> = 10. Vay 2a = 2v/10.

Chon dap an OJ

Cau 104. Trong mit phang toa do Ozy, viét phuong trinh chinh tic ctia elip (E) biét (E) c6 tam
2
sa1e—§vad1 qua diém M< )

A. (BE): +%:1. . (E): —1. C.(B): —+L =1 D.(E):%+yT:1.

x? 2 P
9 3 WG

Loi giai.

Ta c6 tam sai e = E. Lan lugt kiém tra céc dap an ta c6 thé loai duge 2 dap an. Tiép tuc thay toa
do M vao ta tim dl%C dap an dung.

Chon dap an (A) O

Cau 105. Trong mit phang toa do Oxy, viét phuong trinh chinh tic ctia elip (E) biét (E) c¢6 ban
1 .

kinh qua tiéu tai M<—2; 5) la F5 M bang 5.

2 2 2 2 2

2
. —1. (B L+l =1 D)L+l —1

A. (B): 16#’;:1. B. (E):

SE
8

l\?l»—llQ

Loi giéi.
Lan lugt thay toa do M vao cac dap an ta nhan thiy cé thé loai 2 dap an. Bén canh d6, ban kinh
qua tieu FoM = a — 2(—2) =a+ %C = 5. Kiém tra 2 dap an con lai ta chon dugc dap an cudi cling.
Chon dap én (D) O
Cau 106. Trong mit phang toa do Oxy, viét phuong trinh chinh téc ciia elip (E) biét (E) c6 tam
sal e = \/?5 va di qua diém N(\/ﬁ; Z)

3
22 2 22 2 2?2 22 P
A (F): —+==1 B. (£): =+==1 C. (£):—+==1 D.(F): —=+==1.
(E): 18+14 ()36+28 (E) 9+7 ()27+21

Loi giai.

Ta c6 thé dé dang nhan ra dugc a, b tit 4 dap an, tir dé kiém tra tam sai va thé toa do diém N vao
dé thtt xem dau la dap an.

Chon déap an @ OJ

Cau 107. Trong mit phang toa do cho dudng tron (C) tam I c¢6 phuong trinh (x + 1)? + y? = 16,
diéem A(1;0) va diém M nam trén duong tron (C). Trung tric doan AM cat IM tai K. Viét phuong

trinh chinh tic dudng cong (E) la quy tich ctia diém K khi M di chuyén trén duong tron (C).
2 P RO 2 2 22 g
AE):+L =1 B@E:Z+L -1 cwm:i sl DL+ Lo

4 1 4 3 2 1 © 2 V3
Loi giai.
Theo dé bai ta c6 duge 2 tieu diém 1a I va Ado IK+ AK = IK+ KM =1IM = 4. Ta suy rac =1
va a = 2. Tit d6 tinh duge b = v/3. Ta tim dugce phuong trinh elip (E): %2 + y; =1.
Chon dap an (B) O

Cau 108. Biét quy dao cua trai dat quay quanh mat troi 1a elip va mit troi 14 mot trong 2 tiéu
diém, khoang cach 16n nhat gitta trai dat va mat troi 1a 152, 00 trieu km, khoang cach nhé nhat gitta
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trai dat va mat troi 1a 147,00 trieu km. Hay viét phuong trinh chinh tdc cta elip (E) 1a quy dao tréi
dat quay quanh mit troi.
2

AB): T Yy B.(B): o+ Y
‘ " 152,002 147,002 ' 149,502 149,482
xz y2 .772 y2
C. (E): = 1. D. (E): =1
() 152,002 * 149, 00 (E) 149, 00 * 147,00

Loi giai.

Ta c¢6 khoang cach xa nhat gitta mat troi va trai dat 1a a + ¢ = 152 triéu km va khodng cach ngan

nhat 14 a — ¢ = 147 trieu km. Tu d6, ta dé dang tim dugc a = 149, 5 trieu kr121 Va ¢ = 2,25 trieu km.
T

C 149,502 149y, e

Chon dap an O
Cau 109. Trong mit phang toa do Ozy cho elip (E). Hinh chit nhat co s§ ciia (E) c¢6 mot canh

T do, ta tinh duge b = 149, 48 triéu km. Ta c¢6 duge phuong trinh (F)

nim tren dudng thing d : z — v/5 = 0 va ¢6 do dai dudng chéo 1a 6. Viét phuong trinh chinh tic cia
(E).

2 2 2 2

2 2
x Yy r Yy T Yy x Yy
A —+=—=1. B —+>==1. C. —+%==1. D —+==1.
4+5 516+25 5+4 25+16
L&i giai.
Gia su 2 g

Khi d6 céc canh ciia hinh chi nhat co sé ciia (E) nim trén cic duong thang c6 phuong trinh
r = ta;y = +b.

Suy ra a = V5.
Ta c¢6 chiéu dai va chiéu rong ciia hinh chi nhat co s6 lan luot 1a 2a = 2v/5 va 2b.
Do do dai duong chéo hinh chit nhat co sé bang 6 nén ta co6

(20)% + (20)? =6 =20+ 4 =36 < b* =4=b=2 (dob>0).

22y
Vay (B): — + =& = 1.

ay (E) R

Chondépén@ OJ

Cau 110. Trong mit phang toa do Oxzy cho elip (E) di qua M(2;3) va cit truc hoanh tai diém c6
hoanh do nguyéen. Biét (E) c6 mot duong chuan c¢é phuong trinh o + 8 = 0. Viét phuong trinh chinh
tac cta (E).

22 P 22y
ALY B. L+ Y 4
6 12 52 30
4
2?2 P .
C. - + 6= 1. D. Khong ton tai elip (F).
Loi giai
22 g
Giast —w+5=1v6i0<a<b.
a? b2 . a
Ta c6 ¢ = Va2 — b?,e = — va phuong trinh dusng chuan la x +£ — = 0.
a e
2 2
Suyra%:8<:)a—:8:>c:a— (1).
= c 8
‘ 49
Do (F) di qua M(2;3) nén — + —— =1 (2).

a a2 — 2
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=2
) 4 9 ¢
Thé (1) va (2) ta c6 — + =127 —-17c+26=0%&
& 8¢ — 2 c= 2

Véic=§=>a2:52:>a:2\/1—3 (loai do @ nguyen).
V6i0:2:§a2:16=>a:4=>b2:a2—02:16—4:12.

Vay (B): — + 2 =1

Chon dap an (A) O

. 5 ..
Cau 111. Trong mat phang toa do Ozy cho elip (E) c6 tam sai e = % Biet hinh chit nhat co sé
ctia (E) ¢6 chu vi bang 20. Viét phuong trinh chinh téc cta (E).

2 g 2 g 2 P 2?2
AT LY B U Y c. UL Y _q DY Y
179 173 9 "4 373

Lai giai.

Goi do dai truc 16n va truc nhé cia (E) 1a 2a,2b (a,b > 0).
Do chu vi hinh chit nhat co s¢ 1a 20 nén 2(2a +20) =20 & a+b="5 (1)

Vi e V5 V5
Doe=Y2 8 Y2 V2 (9
oe 3 :>a 3 = 3 ¢ (2)
Mat khac a* — b* =% (3).
) 4
Tu (2) va B)suyraa® —b* ——a’>=0& —a> —0* =0 (4).

9 9
T (1) va (4) suy ra

4 5 a=3
0>~ (5-a)P=0¢ ——a’*+10a—-25=0 <
9 9 a = 15.
Véi a =15 = b = —10 (loai).
Véia=3=b=2.
ZL’2 y2 .
Vay (F): — + = = 1.
a (B): 5 +7
Chondépén@ 0

Cau 112. Trong mit phang toa do Ozy cho elip (E) c6 do dai truc 16n bang 8. Biét giao diém clia
elip (E) véi duong tron (O) : 2% +y* = 8 tao thanh bon dinh clia mot hinh vuéng. Viét phuong trinh
chinh tac clia (E).

2?2y 22y

A —+—==1. B —+==1
16 16 16 4

3

2?2 P X

C. 16+ 6= 1. D. Khong ton tai elip (F).
3

Lo giai.
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2 2
Do d6 dai truc 16n bang 8 nén (E): NI - 1, y

16 v?
(0 <b<4).
Duong tron (O): 22 + y? = 8 ¢6 tam O(0;0), ban kinh
R =2V2.
Goi 4 giao diém ctia (O) va (E) 1a 4 dinh ctia hinh vuong x
ABCD.

SuyraOB:2\/_:>B(126) (E)
3

4

=l =
:>16—|—b2 =
2 2

n LY
Vay (F): 16+§

3
Chondépén@ O

=1.

Cau 113. Trong mit phang toa do Oy cho hinh thoi ABCD c¢6 AC =2BD. (C): 22 +13?> =413
duong tron noi tiép hinh thoi. Biét A thuoc truc hoanh. Viét phuong trinh chinh téc cta elip () di
qua 4 dinh ctia hinh thoi.

2 2 2 2
AT+ Loy B. L _
5 20 5

8
2o

=1 C.

2

Y y
=1 D -2 =1

+5 5

M|@
)
3| %

2

e}

L&i giai.

Do ABC'D la hinh thoi nén AC' 1L BD. Y
Vi AC = 2BD nen OC = 20B = tan BCO =

(20) c6 tam O(0;0), ban kinh R = 2. 1

Dung OI L BC = OI = 2. A C =z

Ta co:

o- 9
tan ICO

0J]
]B e ———
tan OBI
Suy ra BC'=4+1=05.

Tt OB? + OC? = BC? = OB*> +40B?> =25 = 0OB?> =5 = OB = /5 = OC = 2/5.
Suy ra truc 16n va truc nhé ciia (E) lan lugt 1a AC = 20C = 4y/5, BD = 20B = 2+/5.
22 P
ay (F): — += =1.
Vay (B): o5 + %

Chon dap an @ O

I
I
L

(G TNCISEN)
-

Il
=

Cau 114. Trong mat phang toa do Oxy, cho diém A chay trén truc Oz, diém B chay trén truc Oy
va do 16n doan AB = 9. Tap hgp cac diém M cia doan thang AB thod man M B = 2M A 1a duong
elip ¢6 phuong trinh nao duéi day?

2 2
y? £ Y

A— — =1 B —+=—=1. C.
+9 9+4

y?
— =1 D.
36 + 9

y?
2 1.
9

& %
>l %

L&i giai.
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Gia stt A(b;0), B(0;¢). Do AB =9 nén b* + ¢ =9 (1). y
Goi M(x;y) la diém thuoc doan AB va thod man M B = B
2MA = MB = —2MA.
My MB = (—x;c — y),m = (b — z;—y) nén
3

—r=-2(b— b= -x
{ b=y 5 ) y

c—y=-2(-y) c = 3y.

2 2 P
Tfr(l)va(z)tacé<—x) +By) =9 —+=—=1 A
36 9 0 o

Chon dap an @ O

Cau 115. Trong mat phiang toa do Ozy, viét phuong trinh chinh téc ciia e-lip (F) biét rang (E) c6

tam sai bang = va chu vi hinh chi nhat co s6 1a 20.

Y 2y
A (F):—+==-1 B (F): —+==1.
()92+42 ()92+42
T Y T )
C.(F):—+—=—=1. D (F):—+==1.

<)225+100 (E) 3+2

Lo giai.
) R
Goi phuong trinh chinh tac ctia e-lip ¢6 dang (E) : — + = 1.
a

. )

theo dé ta c6 c= —a vaa+b=>5.
a=3
mat khac a? = b? + ¢ nén ta co )
a=15
So vé6i diéu kién a + b = 5 thi chon a = 3, vay b = 2.
2 2
Vay phuong trinh chinh tic cta e-lip (F) : % + yz =1
Chon dap an (A) O
, 2 P .

Cau 116. Trong méat phang toa do Oxy, cho elip (E) ¢6 phuong trinh 16 + 9= 1. Goi M, N lan

lugt 1a cac diém di chuyen trén tia Oz, Oy sao cho M N ludn tiép xtic vé6i (F). Hay tim do dai nho
nhat ctia MN.

A 21. B. 7 C. 48. D. 49.

L&i giai.
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Goi M(m;0), N(0;n) (v6i m,n > 0). Khi d6 OM = m,

ON =n, MN? = m? + n?.

Phuong trinh duong thang M N c6 dang TV s
m n

n
y = ——uax + n. Thay vao phuong trinh (F) ta c6

o (ewn) ol v
N |

m
=1
6 9 , *
2
& 972 +16(—x —ix+n > =144
m? m
].6 2 2
& <9+ Z >x2—32n—x+16n2—144—0.
m m
2\ 2 2
16n 144
Co A= (32n_> —4(9 )(16n —144) = 64 ? +81 —9n?
m m2 m
. . 81 144
De MN tiep xtic (E) thh A=0= — +— =9.
n? _m
81 144 _ (9+12)? 212 ~
Taco9———|— pon3 > R = Nz = MN > 49. Vay M N, = 49.
Chon dap z’m@ OJ

Cau 117. Trong mat phiang toa do Oxy, khi cho ¢ thay ddi, diém M (5sint;3cost) di dong trén
duong nao sau day?

A. Elip. B. Duong tron. C. Duong thing. D. Parabol.
Loi giai.
Ta ¢6 (%Mf + (%Mf —le % + %M — 1. Vay khi ¢ thay ddi, diém M di dong trén dudng Elip.
Chon dap an (A) O

.z C e A . . . ~
Cau 118. Mot elip v6i ban truc 16n a va ban tiéu cu ¢, ti s0 e = — dugc goi la tdm sai cia elip. Qiy
a
dao clia trai dat quanh mat troi 13 mot elip (E) trong d6 mat troi 1a mot trong céc tiéu diém. Biét
khodng cdch nhé nhat va 16n nhat gitta mat troi va trai dat lan lugt 1a 147 trieu km, 152 trieu km.

Tam sai cia elip (E) gan véi gia tri nao nhét trong cac gia tri sau?

A. 0,0167. B. 0,0168. C. 0,0169. D. 0,017.
Li giai.
T . .
Mot elip ¢6 phuong trmh — + 73 =1, a>b> 0, khoang cach tir tiéu dicm dén mot diem bat ki M

bQ

c6 hoanh do =y 1a dy = a i , cho nén khoang cach 16n nhat va nhd nhat tit mot tieu diém

dén mot diem thudc elip 1an luot 1a a + ¢ va a — c.

299
a+c=152 =5 . c_ 9
Ta ¢6 hé phuong trinh — 55 Vay tam sai cia (F) lae = — = — ~ 0,0167
a—c=147 c= 2 a 299
2
Chon dap an @ 0

Cau 119.
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Ong Thanh ¢6 mot manh vat lieu hinh elip véi truc 16n, truc nhé cé

do dai 80 cm va 60 cm. Ong Thanh mudn cit mot hinh chit nhat ¢6 N M
cac canh song song véi cac truc cua elip va cac dinh thudc elip. Tinh
t1 6 dé hinh chi nhat c6 dién tich 16n nhat.
P Q
9 16 3 4
. —. B. —. C. -. D. -
16 9 4 3
Loi giai.
Chon hé truc toa do nhu hinh vé
Y
N M
T
P Q
2 y?
Phuong trinh cta elip la: 10 + 302 = 1. Gid st M(z;y), Sunrg = 4|zy|, theo BDT Cauchy ta

2 2 2.2
co 436—02 + % =12> 2y 4032 .y302 = ’Zg‘, cho nén Synpo = 4|zy| < 240. Dau bang xay ra khi

2| |yl x| 4
—_ = = — = —
40~ 30 lyl 3
Chon dép an (D) O

Cau 120.
Minh can mua mot manh vat lieu hinh da giac
A Ay ... Ag 1n0i tiép elip tam O c6 do dai truc 16n va

truc nho lan luot 14 10 m, 8 m. Da gidc c6 hai truc déi

xting la cac truc doi xing clia elip va goc A O Ay = 45°.
Minh can bao nhiéu tién dé mua biét gia ctia vat lieu
100000 dong/m? (1am tron dén hang nghin).

A. 11240000 dong. B. 11242000 dong. C. 11245000 dong. D. 11248000 dong.
Loi giai.
x2 y2 2 2
Phuong trinh cta elip la % + 6 = 1, Ay giao diem cua duong thing y = z va elip, suy ra
A 20v41 20v41
a0 )

204/41

Goi S la dién tich cta da gidc, ta ¢6 S =4 - Sa,04, =4 (Sa,04, + Sa,045) =4 - T

72041
41

-(b+4) =
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PPN 720v/41
SO tien can la a 100000 ~ 11245000.
Chon déap an @ OJ
Cau 121. Qily dao ctia trai dat quanh mit troi 1d mot elip, trong d6 mat troi 14 mot trong cac
tieu diém. Khoang cach nho nhéat va 16n nhat gitta mat troi va trai dat lan lugt 1a 147, 1 trieu km,

152, 1 trieu km. Chu vi clia mot elip véi cac ban truc 1a a,b duge tinh gan dung theo C = 7 [3(@ +

b) — /(3a+b)(a+ 36)} (cong thitic Ramanujan). Biét trai dat chuyén dong quanh mit troi mot

vong hét 365,25 ngay, van tdc trung binh clia trai dat gan vé6i gia tri ndo nhat trong cac gia tri

sau?
A. 29 km/s. B. 30 km/s. C. 31 km/s. D. 32 km/s.
Loi giai.
a+c=152,1 a = 149,6
Ta ¢6 hé phuong trinh & = b = 149,08.
a—c=147,1 c=125
936,2 - 10°
C' =~ 936,2 triéu k = ’ ~ 30 km/s.
2 HHE L Ui = 56 95 - 24 - 3600 m/s
Chon dap an O

Cau 122. Sao choi Halley c6 qui dao hinh elip v6i tam sai e = 0,967. Khodng céch ngin nhat tit
sao chdi dén mit troi 14 0,587 AU (1 AU a2 149,6 trieu km). Tinh khoang cich xa nhat ctia sao choi
Halley dén mat troi.

A. 32 AU. B. 33 AU. C. 34 AU. D. 35 AU.
Loi giai.

a—c=058T (a~178
= = a+c~ 35.

Ta ¢6 hé phuong trinh ¢ .
. cr~ 17,2

Z =0,967
Chon dép an (D) O

Cau 123. Trong mit phing toa do Oxy, cho elip (E): 922 4 25y = 225. Tim toa do diém M € (E)
thda man FyMF, = 90° va )y > 0,y < 0 (biét Fy, Fy 1 cac tieu diém cia (E)).

A M (5_\/7’_9> B M <%,—§) C. M <@,—§> D. M (M,—§>

4 4 2 2 4 4 8 8
Loi giai.
Ta co
> o2 e L
9 - A )
Ty 25 9
Elip ¢6 a = 5, b = 3 suy ra ¢ = 4. Hai tiéu diém ctia elip 1a Fy(—4;0), Fy(4;0).
Gia st M(z;y),(x > 0,y < 0) ta c6 FiM(z + 4;y); FoM(x — 4;y), khi d6
FIMF, =90° & MF, L MF, & FM - F,M =0 < 22 + y* = 16. (1)
Vi M € (E) nen 922 + 25y = 225 2)
T (1) va (2) ta ¢
175 57
:132+y2:16 xQZE x:—4
92 +25y* =225 |,2_ 8L _ 9
16 y=r

57 9
_ VALY
VayM( 1 4>
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Chon dap an @ O
2
Cau 124. Trong miit phang toa do Ozy, cho elip (E) : r + 42 =1. Tim toa do diém M nim trén

9
elip (E) sao cho M c¢6 tung do duong théa man M F; = 2M F, (v6i F) 1a tieu diém c6 hoanh do am,
F, 1a tieu diém c6 hoanh do duong ctlia elip (E)).
A (2 Y1) B (3.V3) c (3. V1) p (3.3
227 2/2 2" 2 227 2/2 2" 2
Lo gidi.
Elip ¢6 a =3, b= 1 suy ra ¢ = 2/2. Ta ¢6 hai ticu diém /1 (—2v/2;0), F» (2v2;0). Gia sit M (x; )
(> 0), khi d6 F,M = \/(z — 2v/2)2 + y2. Ta lai c6

MFy+MFy, =6= 3MF, =6 MF, =2.

Neén suy ra (v — 2v/2)% + 3% = 4.2 (1)
Do diém M nim trén elip nén % +y? =1 (2)
T (1) va (2) suy ra
(e —2V2)P +yP =4 ¢ m:3_\/§
22 = 2’422 +5=0s 4
o=t 9 15V2
9 r=—-:
4
3 7
Do M ¢6 tung do duong nén M | —; i :
2v2° 22
Chon dap an @ O

1 2
Cau 125. Cho elip (F) ¢6 tam sai e = 3" Goi By la dinh trén truc nhé, Fi, Fy 1a hai tiéu diem cia
(E). Tinh F, B, F».
A. FlBlFQ == 600. B FlBlFQ = 1200. C FlBlFQ - 900. D FlBlFQ - 450.
Loi giai.

1
Do elip (E) ¢6 tam sai e = 5 nén a = 2c, suy ra b = v/3c.
— 1 _— _
Trong tam giac OF; By c6 tan OBy F = ﬁ suy ra OBy Fy = 30°, do d6 Fy B Fy = 60°.
Chon déap an @ OJ

Cau 126. Trong mit phang véi hé toa do Oxy, cho elip (E): 1622 + 25y* = 100. Tim tat ca cac gia
tri ctia tham s6 b dé duong thang y = x + b c6 diém chung véi (E).

V4l V41 V41 v4l
V4l V4l V4l V4l
C.b<——hoachb>—. D.b< ———hoacb> —.
2 2 2 2
Lai giai.

Toa do giao diém ciia duong thang va elip 1a nghiém ctia he

= 162% 4 25(z + b)? = 100 < 412% + 50bx + 250 — 100 = 0. (%)

162% + 25¢* = 100
y=x+b

Duong thang c6 diém chung véi elip khi va chf khi (%) c6 nghiem

41 41
& (250)% — 41(250* —100) > 0 = bV < — < —g

<b<
1 >0

V4l
5
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Chon dap an @ O

Cau 127. Trong mit phang vé6i hé toa do Oxy, cho elip (F): 422+ 9y? = 36. Tim tat ca cac gia tri
ctia tham s6 m dé dudng thing d: x — y — 2m = 0 tiép xtc véi (E).

A.mzi@. B.mz@. C.m:—g. D. m = +/13.

L&i giai.

Toa do giao diém ciia dudng thing va elip 1a nghiém ctia he

= 42?4+ 9(z — 2m)* = 36 & 132% — 36mz + 36m> —36 =0. ()

4% + 9y* = 36
y=x—2m

Duong thang tiép xtic vdi elip khi va chi khi (%) ¢6 duy nhat 1 nghiem

13 V13
& (18m)? — 13(36m? — 36) = 0 < m?* = T em=t——
Chon dap an @ O
. 2R .
Cau 128. Trong mat phang vé6i hé toa do Oxy, cho elip (E): 3 + i 1 ¢6 cac tiéu diem I, Iy

v6i Fy ¢6 hoanh do duong. Duong thang d di qua F, va song song v6i duong phan gidc goc phan tu
thit nhat cat (F) tai A, B. Tinh dién tich S cta tam giac ABF}.
8 16 4
A S=-. B. S=— C. S=-. D. S=1.
3 3 3
Loi giai.

Tacoa? =80 =4=c2=a>—- b =4= c=2 suyra Fi(—2;0), F»5(2;0).

Phuong trinh dudng théng d: y = = — 2, thay vao phuong trinh duong Elip ta c6 % + (@ 1 2)" =
r=0=>y=-2

l& 8 9
r=g=y=3

Suy ra A(0; —2), B (2 g) = AF, = 2V/2, BF, = 10;[ ,AB = 8\3/5

Theo cong thic Hé rong ta c6 S = ?

Chon dap an O

< e R : oy Sl sz
Cau 129. Trong mit phang véi hé toa do Oxy, cho elip (E): 9 + 1= 1 va hai diem A(—3;0),

I(—1;0). Tim toa do cac diem B,C € (E) sao cho I la tam dudng tron ngoai tiép tam giac ABC,
biét ring tung do diém B duong.

wn(32)e(5-7) ma(5) e (3-)
5 5 5 5 5 5 5 5
3 4V6 3 46 3 4V6 46
C B( 5 5 )’C(_S;T)‘ D B( 5 5 )’C<_S;_T>'
L&i giai.

Ta c6 AI = 2, nén phuong trinh duong tron ngoai tiép ABC c6 phuong trinh (z + 1) + ¢y? = 4.
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- 3
r=—=
5)
4+/6
(2 +1)°+y* =4 yZT\/_
Toa do B,C (rp,xc # —3) thoa méan he 2y & > 5
9 4 5
4/6
V=5
(
3 46 3 46
Vi B ¢6 tung do duong nén B | —=; i Ol —=; —L— .
5 5 5) 5
Chon dap én@ O
2 2
Cau 130. Trong mat phing véi hé toa do Owxy, cho elip (E): ;—5 + % =1 va diem M(2;1). Viét

phuong trinh dudng thang d di qua M cit (E) tai hai diém A, B sao cho trung diém ctia doan thing
AB nam trén duong thing A: y = 2z.
9

1 34 1 9 34
C.yzﬁmhoacy:—%x—f—z—g). D.yzimhoécy:%x—i—z—s
Loi giai.

Néu d qua M va song song véi Oy thi AB c6 trung diém c6 toa do 1a (2;0). Diém nay khong thuoc
A. Suy ra duong thang d c6 hé s6 goc k, va d c6 dang y = k(z — 2) + 1.
Hoanh do giao diém ctia duong thang d va (E) 1a nghiém phuong trinh
x? kx — 2k + 1)?
25" | 9 Fe
(9 + 25k%) 2% + 50k(1 — 2k)x + 25(1 — 2k)? — 225 = 0.

Diém M thudc mién trong ctia elip (F) nén duong thang d luon cat (E) tai hai diém phan biét.
Goi A, B la giao diém clia duong thang d va (E), khi d6 A(zy; k(zy — 2) + 1), B(xe; k(19 — 2) + 1).

. 25k(2k — 1 18 — 36k
Toa do trung diem ciua AB la [ ( ok ); 8- 30 ) )
94 25k% 7 2(9+ 25k?)

po L
Diém [ €y =2z = 100k — 32k —9 =0 < 29.
1 9 34 %0
Dodéyzyz:hoécy:—%x—k%.
Chondépén@ O

Cau 131. Trong mat phang v6i hé toa do Oxy, cho dudng thang d: 3x+y—4 = 0 vaelip (E): %24—
y; = 1. Viét phuong trinh duong thang A vuong goc véi dusng thang d va cit (E) tai hai diém A, B
sao cho dién tich tam giac OAB bang 3.

A. A: 2z — 6y + 3v/10 = 0 hoiic A: 2z — 6y — 3v/10 = 0.

B. A: 2z + 6y + 3v/10 = 0 hosic A: 2z + 6y — 3v/10 = 0.

C. A: 62 — 2y + 3v/10 = 0 hodic A: 62 — 2y — 3v/10 = 0.

D. A: 6z + 2y + 3v/10 = 0 hosic A: 62 + 2y — 3v/10 = 0.

Loi giai.

2 2
Duong thang Atz — 3y +c=0 =y = xT—i—c Thay vao phuong trinh elip ta cé % + (z ;60) =
1 < 522+ 2cx + 2 — 36 =0. (1)
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90
(1) c¢6 hai nghiém z;, x5 phan biet khi va chi khi ¢ — 5(c? — 36) > 0 & ¢? < 5
Goi A (:L‘l; it C) , B (:Bg; @T—i_c>, khi d6 x1, x5 1a nghiém ctia phuong trinh (1).
—2c
T+ To = T
Theo dinh 1i Viet ta c6 23
T1T9 = 5

1 /144 16¢2 16 144
Ta c6 SOAB = §ABd<O,AB) =3 < ‘C‘ T—z—g =18 & %04—TC2+32420<:>C2 =

45 3v10 .

5 ®c= iT (théa man).

Vay phuong trinh duong thing can tim 1a A: 22 — 6y + 3v/10 = 0 hoic A: 2z — 6y — 3v/10 = 0.
Chon dap an @ O

2 2
Cau 132. Trong mat phang vdéi he toa do Oxy, cho elip (E): :f_6 + % = 1 va diém I(1;2). Lap

phuong trinh duong thang di qua I cit (E) tai hai diém phan biét A, B sao cho I la trung diém ctia
doan thang AB.

A. d: 9z + 32y + 73 =0. B. d: 9z + 32y — 73 = 0.
C. d: 9z — 32y + 73 = 0. D. d: 9z — 32y — 73 = 0.
L&i giai.

+ Nhan xét trudng hgp duong thang di qua I(1;2) c6 phuong trinh z = 1 khong théa man yéu cau
cua bai toan.
+ Duong théng d qua I c6 hé s6 goc k c6 phuong trinh y = kx + 2 — k.
. . . ~ oow? (k42— k) 2Y,,.2
Hoanh do A, B théa méan phuong trinh 1 + —p = 1< (9+ 16k%)2° + 32k(2 — k)z +
16(2 — k)2 — 144 = 0.
Diém I thuoc mién trong ctia elip nén d luon cat elip tai hai diém phan biet A, B. Goi A(x1, 1), B(x2,y2),

theo bai ra ta co
T+ T

~1

> —16k(2 — k) 9

S LI N P

yty T T oT 16k TR
2

Vay phuong trinh duong thing can tim d: 9z + 32y — 73 = 0.
Chon dép an (B) O

x2

2
Cau 133. Trong mat phang v6i hé toa do Oy, cho elip (E): 5 + % = 1. Hoi ¢6 bao nhiéu duong

thang d cat (E) tai hai diém phan biét c6 toa do nguyen?

A. 5. B. 6. C. 7. D. 8.
Loi giai.
2
Tt phuong trinh (F) & y> =2 — %

Viy? >0 2°<8reZ=uxe{-2,-1;0;1;2}.

+ Voiz=42=1y’=1y==+1

+ Véiz=+1=9y*= g( loai).

+ Véi z =0 = y* = 2( loai).

Vay c6 tat ca 4 diém c6 toa do nguyen trén elip, do d6 s6 dudng thang cit elip tai diém c6 toa do
nguyén la 6.

Chon dap an O
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) 2 2
Cau 134. Trong mat phang véi hé toa do Oxy, cho elip (E): Z +9y? =1 va diém M (3 3) Viét

phuong trinh dudng thang A qua M cit (F) tai hai diém phan biét A, B sao cho MA = 2M B.
A A:x+2y—10=0hoac A: x+ 14y — 2 =0.
B. A:z—2y—2=0hoac A: x — 14y — 10 = 0.
C. A:x+2y—2=0hoic A: z+ 14y — 10 = 0.
D.A:x—2y—10=0 hodic A: x — 14y — 2 = 0.
Loi giai.
Nhan thay diém M thudc mién trong ctia elip (E).
Goi A(z;y), theo bai ra ta c6 MA =—2MB = B (1 . Q) :
Diém A, B thuoc (F) nén ta c6

=1 2—x

T
( > Y2 222 7 —6

2 r -1 r=—.

Véi o = 2 = A(2;0), phuong trinh duong thang A: z + 2y — 2 = 0.
4
Voix:—g:>A( g 5>:>A x4+ 14y — 10 = 0.
Chon dép an (C) O
2 2

Cau 135. Trong mit phang v6i he toa do Ozy, cho elip (E): f—6 + % =1 va dudng thing d: 3z +

4y — 12 = 0. Goi cac giao diém ctia dudng thang d va elip (F) 1a A va B. Tim diém C € (E) sao cho
tam giac ABC' c6 dién tich la 6.

A.C (2\/' f) hoac C (—zﬂ; %) (
C.C <\/§, —%) hodc C (—\/5; %) (

2\/_, ——) hoac C (2\/_ \/_)

3
V2 — > hodc C <\/_ —)
V2
Loi gidi.
R
o , | TV o1 [r=0=y=3
Toa do giao diem ciia duong thang d va (E) la nghiém ctia he < 16 = 9 &

Br+4y=12 Lr=4=y=0
Khi d6 AB = 5. Goi C(z,y) 1a diém can tim, khi d6 dién tich tam gidc
1 113 4y — 12 3r+4y =0
SABC:6<:>—d(C,AB)-AB:6<:>—-| s |-5=6<:>|3x+4y—12|:12<:> Y :
2 2 5 3r+4y =24
-3
— V6idz+4y =0y = —37 thay vao phuong trinh (E) ta c6 22 = 8 & 3
T=-2/2=y=-—"
24 —3 ’ V2
— Véi3r+4dy=24=y="1 < thay vao phuong trinh (E) ta dugc phuong trinh v6 nghiém.
3 3
Vay C' <2\/_; ——) hoac C (—2\/5; —)
' V2 V2
Chon déap an @ OJ
2
Cau 136. Trong mat phang v6i hé toa do Owzy, cho dusng thang d: 2x+y+3 = 0 va elip (E): % -+

y? = 1. Viét phuong trinh dudng thang A vuong goc véi d cat (E) tai hai diém phan biet A, B sao
cho dién tich tam gidc OAB bang 1.
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A Atx+2y+2=0hoac A:z+2y—2=0. B. A:x—2y+2=0hoac A: z+2y—2=0.
C.A:x+2y+2=0hoicA:z—-2y—2=0. D. A:x—2y+2=0hoiicA:z—-2y—2=0.
Loi giai.
A 1a duong thang vuong goc véi d, khi dé phuong trinh duong thang A: x — 2y + ¢ = 0.

, r=2y—c r=2y—c
Toa do giao diem cia A, B 1a nghiém ctia hé phuong trinh ¢ 2 & =
2 2 2 _
T Hy=1 2y —c) +4y” =4
S8y? —4dyc+c?—4=0. 1
(1) c6 hai nghiém phan biét y;, yo khi va chi khi 4¢* — 8(c? —4) > 0 & ¢* < 8.
: 8 — c?
Goi AQ2p — cy1), B(2y2 — ¢i92) = AB = /5 (51 + 12)° — dyiys) = \[5- —

Theo bai ra Soap =1 d(0O,AB)-AB=2&c¢'—82+16 =0« ¢* =4 & ¢ = £2 (thda méan).
Vay A: x —2y+2 =0 hoac A: x — 2y —2=0.

Chon dap an @ 0
2 2
Cau 137. Trong mit phang toa do Oxy, cho elip (E) c6 phuong trinh :f_6 + % = 1. Hay tim gia tri
clia tham s6 m dé dudng thang mz — 8 = 0 cit (E) tai mot diém duy nhat.
1
A .m=%£2. B. m=2 C. m=-2 D.m:—ﬁ.
Loi giai.

Gia st M (z;y) 1a giao diém ctia (F) va dudng thang da cho. Ta c6

22 2
I A
16+9

mx — 8 = 0.

Nhan xét, néu m = 0 thi tit phuong trinh thi 2 xdy ra diéu vo li. Do d6 m # 0. Tu phuong trinh
8 . .
thi 2 ta duge x = —. Theé vao phuong trinh tht nhat, ta dugc
m
64 9m? — 36

9. — +16y° =16-9 & 36 + m*y* = 9Im® & o = -
m m

Duong thing da cho va (E) c¢6 mot diém chung duy nhat khi va chi khi 9m? — 36 = 0 < m = £2.
Chon dap an @ O

Cau 138. Trong mat phiang toa do Oxy, cho elip (E) c6 phuong trinh 22 +9y? = 9. Trong cac khang
dinh sau, hay chon khing dinh sai.

A. Dudng thang di qua dinh A(—3;0) va vuong goc véi truc 16n cia (E) c6 phuong trinh 1a z = —3.

B. Duong thang d vuong goéc véi duong thang x —y = 0 va cat (E) tai mot diém c6 phuong trinh

lad:z+y++/10=0.

C. C6 duy nhat mot dusng théng di qua diem M (3; —2) va cat (E) tai mot diém duy nhat.

D. (6 hai duong thang di qua diém M (3; —2) va cat (E) tai mot diem duy nhat.
Loi giai.

e D ) z? P )

Phuong trinh elip da cho dugce viet lai 9 +y° =1, c6 dang ) + = 1, trong d6 a = 3, b = 1.
Elip nay c6 truc 16n nam trén Ox va A(—3;0) mot dinh. Do do, duong thang qua dinh A(—3;0) va
vuong goéc vai truc 16n ¢6 phuong trinh la x = —3.

Duong thing d vuong géc véi duong thing x — y = 0 c6 phuong trinh dang = +y +m = 0. Tit
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phuong trinh nay ta duge x = —y — m, thé vio phuong trinh cia elip ta dugc
(y+m)2+ 9% =9 < 10y> + 2my + m? — 9 = 0.
Elip va d c6 mot diém chung duy nhat khi va chi khi

m? —10(m* —9) =0 < —9m? + 90 = 0 & m = £V10.
2
Thé toa do ctia M (3; —2) vao vé trai clia phuong trinh % + 9% = 1 ta dugc vé trai 16n hon vé phai.
Suy ra diém M nam ngoai (F). Suy ra ton tai 2 duong thang qua M cat (F) tai mot diem duy nhat.
Chon dép an (C) O

2
Cau 139. Trong mit phang toa do Ozy, cho elip (E): Ty y?> = 1. Tim trén (E) cac diém M sao

9
cho MF1 = 3MF2

A M, (%@) M, (M _£) B. 1, (_%@> M, <_£ _Vas\

8 ' 8 8 8 8 ' 8 8 8
oo (V2 V) L ovE VARY L (0vE V) o 9vE VG
8 8 8 8 8 8 8 8
Loi giai.
Vi) Lot =9 Jo=3
1 =1y =1= =
9 =1 b=1.

V1a2262+02nén02:2a2—b2:9—1=8$022\/§-
Goi M(x;y)E(E)é%—i-?f:l (1).

2v/2 2
Taco MF, =a+ex = 3+T\/_xvaMF2—a—em—3—T\/_x

22 :3( 2\/5) 9v/2

9v2)?
s V46

Thay vao (1) = %—Hﬂz ley=+——.

) ) 9v2 /46 9 vV
Vay ¢6 hai diem thoa man bai la M, (T\/_’ T)’ M, (%_ —T>
Chon dap an @ O

2 2
Cau 140. Trong mit phang toa do Ozy, cho elip (E) : ;—5 + % = 1. C6 tat ci bao nhiéu diém
121
M € (E) théa man MF, - M F, = e
A. 0 diém. B. 2 diém. C. 4 diém. D. V6 s6 diém.
Loi giai.
Ta c6 (E) c6a=5,b=3,c=4 Goi M(xo;y) € (E) la diém can tim. Khi dé
MFl_aJr@ MFz_a—@
121 16 121 1622 21
Vay MF; - MPy = == = 25— 2;“"0 - e 2‘?) = = (¥0 nghiem).
Vay khong ¢6 diem M nao thoa méan yéu cau bai toan.
Chon dap an @ 0
2 2

Cau 141. Trong mat phang toa do Oxy, cho elip (E): ;—5 + % = 1. Goi A la duong thang qua tieu
diem Fy(4;0) va vuong goc véi truc Ox, A cat (E) tai hai diem M va N. Tinh do dai doan M N.

1 1

A.MN:—S. B. MN:g. C. MN:—8. D.MNZE.
5) 5) 25 25
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.....

Duong thang A: x = 4. Thay vao phuong trinh elip ta cé

4% g 9

—+ =1 +-.

5 Y=55
_ _ N R 9\ . 9 ~ 18
Vay toa do M, N lan lugt la 4;5 va 4;—5 . Vay MN:?.

Chon dap an @

1. B2 Cc][3 DJ4 cC]l5. c]l6e. B]l7. D]J[s. D]|l9. D ]|l10. C |
[11. C |[12. A J[13. B |[14. B ][15. C]16. D |[17. A ][18. C |[19. A |[20. D |
21. D |[22. C[23. C[24. C][25. A][26. C][27. A ][28. A |[29. B |[30. A |
3. D[32. AJ[33. D][34. D][35. B][36. C][37. A][38. B |[39. A |[40. D |
[41. A |[42. A ][43. A |[44. B ||45. A |[46. C |[47. B |[48. B |[49. D |[50. A |
151. D |[52. C|[53. B ||54. C ||55. C |[56. B |[57. A |[58. B |[59. A |[60. C |
(6. B ][62. C][63. B |[64. C ]|65. D ]|66. A ][67. A ][68. A ||69. C ||70. D |
(7. D |[72. B|[73. C|[74. A]|75. A]|76. A ]|77. A][78. C ||79. D |[80. D |
181. B |[82. C |[83. B |[84. A ||85. A |[86. B |[87. A |[88. A |[89. C |[90. D |
9. B [[92. D ][93. A |[94. C ||95. B |[96. B |[97. A |[98. A |[99. D |[100. C |
[101. A ][102. D |[103. B |[104. A ][105. D |[106. C |[107. B |[108. B ||109. C ||110. A |
[111. C |[112. A |[113. C |[114. A ][115. A |[116. D |[117. A ][118. A ||[119. D ||120. C |
1121. B [[122. D |[123. A |[124. A |[125. A |[126. A |[127. A |[128. B |[129. D |[130. C |
[131. A ][132. B |[133. B |[134. C ][135. A ][136. D |[137. A ][138. C ||139. A ||140. A |
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