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GIOI HAN

A-LY THUYET CHUNG

GIG1 HAN CUA DAY SO
I. Gi6i han hiru han caa day so
1. Pinh nghia
e Dinh nghia I: Tanoi rang ddy s6 (u, ) c6 gisi han la 0 khi n dan dén duong vo cuc va viét
limu, =0 viét tat Ia limu_=0 hodc u, —0 , néu moi s6 hang cta diy s6 déu co gia tri tuyét

N—-+o0

dbi nho hon mot s6 duong bé tuy Y, ké tir mot sb hang nao do tro di.
e Djinh nghia 2: Tan6i rang day s6 (u, ) c6 gisi han la sb thyc a khi ndan dén duong vé cuc va
viét limu, =a , viéttat la limu, =a hoac u, »>a ,néu lim (u,—a)=0
N—-+o0 n—>+0
2. M@t vai gioi han dac biét
a) IimE:O ; Iimik:O véi k nguyén duong
n n
b) limg" =0 néu || <1
c) Néu u,=c (c lahing sd)thi limu =limc=c

IL Pinh ly vé giéi han hitu han

Pinh ly 1:
a) Néu limu =a, limv =b thi
o lim(u,+v,)=a+b
e lim(u,- ) a-b
e lim(uy,)=a
e lim u—:—(neu b=0)
v,

b) Néuu >0 véimoin va limu =athia>0 va limJu =+a
I11. Tong ciia mdt cap s6 nhan lui vo han
Cap s6 nhan vo han Uy, Uy, U, ..ol o.ee.. c6 cong boi g véi |q| <1 goi la cap s6 nhan Iui vo han. Téng
_y u
S cua cap s nhan d6 1a: S =u, +u,q+u,q*+... =1—1 .
—q
IV. Giéi han vo cuc
1. Pinh nghia:
e Tanoiddyso (u,) co gisi han +oo néu véi mdi s6 duong tiry ¥, moi s6 hang cua ddy so, ke tur
mot s6 hang nao dé tré di, déu l6n hon sb duong d6. Khi do ta viét lim(u, ) =+oo hodc
lim(u,) =+ hoac u, — +oo
e Tanoidayso (u,) co gisi han —o néu véi mdi s6 am tly y, moi s6 hang cua day so, ke tir
mot s6 hang nao d6 tro di, déu nho hon sé am do.
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Khi d6 ta viét lim(u, ) = —sohogc limu, =—o hodc u, ——o
2. Mt vai giéi han dic bigt
a) limn* =4 v6i k nguyén duong
b) limg" =+ néu q>1
3. Pinhly2:

' - N - N - U
a) Neéu limu =a va limv, =100 thi lim—2=0
v,

n

Lo . N o LU
b) Néu limu,=a>0, limv,=0 va v, >0 v&i moi n thi lim— = +w
v,

n

c) Néu limu, =+ va limv, =a>0 thi lim(u,v, )=+

V. Mt 6 luu V-
Khi 1am bai tap trac nghiém, ta c6 thé lam nhu bai tap ty luan, sau khi tinh toan s& chon két qua phu
hop vai yéu cau cua bai toan
Ngoai ra c6 thé str dung cac nhan xét dé c6 két qua nhanh chéng, chinh xac hon. Cé mot sé bai tap co
thé nhan xét nhanh dé loai trir duoc nhitng phuong an khong phu hop
GIG1 HAN CUA HAM SO

1. Pinhly:

a) Giast lim f(x)=L va limg(x)=M .Khi dé:

X—>Xg X—>Xg
o lim[f(x)+g(x)]=L+M

o lim[f(x)-g(x)]=L-M

X—>Xg

o lim[f(x).g(x)]=LM

X—>Xg

e lim f(x):L (néu M =0)
X—>Xg g(x) M

b) Néu f(x)=0véimoi xeJ\{x,} ,trongdé J la mot khoang nao dé chira X, thi L>0 va

i 7] =L

2. Mt vai giéi han dic bigt
e lim x* =+ V6i k nguyén duong

X—>+00

e limx*=—o0 néu k lasd &

X—>—00

e lim x* =400 néu k la sd chan

3. Mot vai quy tic vé giéi han vo cuc

Dinh ly vé giéi han cua tich va thuong hai ham s6 chi 4p dung dwoc khi cac ham sé ¢6 gigi han
hiru han

Sau day 1a mot s6 quy tac tinh gigi han caa tich va thuong hai ham sé khi mét trong hai ham s6 c6
gidi han vo cuc.

Néu lim f (x)=L=0va limg(x) =z thi

X=X X=X
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lim[ f (x).g(x)] bang e (dau “+” néu hai gisi han ciing déu va dau “- * néu hai gisi han khac

X—X%g

dau.

im f(x)
gl

I|m (X)
ST ()

+oo (dau “+” néu hai gigi han cuing ddu va dau “-“ néu hai gii han khac dau.

CAc quy tac trén van duoc 4p dung cho cac truong hop :
X=Xy, X=> X5 , X 400 VA X ——00
HAM SO LIEN TUC
1. Ham sé lién tuc tai mot diém
binh nghia: Gia sir ham s6 f (x) xéc dinh trén khoang K va x, € K . Hams6 y = f (x) goi la
lién tuc tai X=X, néu >!I—>r2 f(x)="f(x)

Ham sb khong lién tuc tai X =X, goi la gian doan tai X,
2. Ham sé lién tuc trén mét khoang, trén mét dean
Hamso y = f (x) lién tuc trén mot khoang néu nd lién tuc tai moi diém trén khoang d6. Ham s6
y = f(x) goi la lién tuc trén doan [a;b] néu nd lién tuc trén khoang (a,b) va XILT f(x)="f(a)

XILT f(x)=f(b) |

3. M@t sé dinh ly co ban

pinh 1y 1: Ham s6 da thac lién tuc trén tap R . Ham s6 phan thirc hiru ti (thwong cua hai da thic) va
cac ham so luong gidc y =sinx , y=cosx , y=tanx, y =cotx la nhitng ham sé lién tuc trén tap xac
dinh cua chung
pinh Iy 2. Gia st y = f (x) va y=g(x) Ia hai ham s lién tuc tai diém X,. Khi do:

a) Cachamso y=f(x)+g(x), y="f(x)-g(x) va y=f(x).g(x) lién tuc tai diem x,

fU)

Dinh Iy 3. Néuham s f (x) lién tuc trén doan [a;b] va f(a).f (b) <0 thiton tai it nhat mot diém
ce(a;b) saocho f(c)=0

b) Hamsé y= lién tuc tai X, néu g(x,)=0

(=]

B - BAI TAP

Cau 1. Tim limu, biét u_ —Z

m

A. +oo C.3 D.1
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cau 2. Tim MU pige 4 = 242,42
%/_/

n dau can

A. +oo B. —o© C.2 D.1
Cau 3. Tim gia tri dang cta s =+/2 1+£+£+1+...+i+ ....... :
2 4 8 2"
A 2 +1. B. 2. C. 242 D.%.

Cau 4. Tinh gidi han lim i+i+....+ !
12 23

n(n+1)
A0 B. 1. C. % D. Khéng c6 gisi
Cau 5. Tinh lim i+i+____+;
1.3 35 n(2n+1)
A 1. B. 0. C. % .

Cau 6. Tinh gidi han: lim i+i+....+ !
13 24 n(n+2)

A.E. B.1 C.0. D.g.
4 ' 3
Cau 7. Tinh gidi han lim i+i+...+ ! :
14 25 n(n+3)
.E. B. 2. C. 1. D.E.
18 2
- . 1 1 1
Cau 8. Tinh giai han: “m[(l_?j(l_?jm(l_ﬁﬂ'
A. 1. B.l. C.l. D.E.
2 4 2
Cau 9. Tinh gi6i han caa diy s6 u_ = (1-=)(1-)..(1--2) trong d6 T =N+ .
T, T, T, 2
1
A. +o B. —w© C. 3 D.1
3 3 3
Cau 10. Tinh giéi han cua diy s6 u_ = 23 1.33 . n3 1.
2°+1 3+1 n°+1
A. +o B. —w© C. % D.1
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Cau 11. Tinh giéi han ciia day s6 u, =" 2k2k—1.:
k=1
A. + B. —o© C.3 D.1
Cau 12. Tinh giéi han cta day sb u, = ZL g
n°+k
A. + B. —o© C.3 D.1

Cau 13. Tinh gi6i han cua ddy s6 u, = q+209° +...+nq" véi g/ <1.:

A. +o0 B. oo c.— 4 D. —1
(1-a) (1+q)
3 3 3 3
’ Iiml +2 +33 +...+N =E(a,beN)
Cau 14. Biét n"+1 b . Gi trj cua 2a® +b? Ia:
A. 33 B. 73 C.51 D. 99
Cau 15. Tinh giéi han cua ddy s6 u_ = ! + ! +..+ 1 :
' ' " 21442 324243 7 (n+)Vn+ndn+l
A. +oo B. —o© C.0 D.1
\/ﬁ
Cau 16. Tinh gi6i han ciia ddy s6 u_ = (n+1) 13 At L
3n"+n+2
A. +oo B. —o© C. % D.1

l+a+a’+..+a"
1+b+b%+...+b" "

Cau 17. Cho cac so thyc a,b thoa |a| <1 |b| <1. Tim gii han | =lim

A. +oo B. —w C. 1=b D.1
1-a
u, = 2011 s
A x X . . U
Céau 18. Cho day so (u,) duoc xac dinh bai: 1.Tim lim—2,
un+1 = un +_2 n
un
A. 4o B. —w© C.3 D.1
. W= , .
Cau 19. Cho ddy sb (u, ) duoc xac dinh bai § " . Tinh limu,.
2(n+1)u,,, =nu, +n+2
A. limu, =1. B. limu, =4. C. limu, =3. D. limu, =0.
1
U, :E
Cau 20. Cho day s6 c6 gidi han (up) xac dinh bai: 1 . Tim két qua dang cua limu, .
Uy = ,n=1
2—U,
1
A. 0. B. 1. C. -1. D. =
2
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u, =2
_u,+v2-1 vneN'. Tinh Uy -

= l—(\/i—l)un

Cau 21. Cho day sb (u,) théa méan

A. Uy, =7+542 B. Uy =2 C.lpy=7-5V2  D.Uy,=7+2
Cau 22. Cho day sé (%) xéc dinh bai x, :%, X =X 4+x =1
bat S, = !, 1 o . Tinh lim§, .
X +1 X,+1 X, +1
A. +oo0 B. —oo C.2 D. 1

1 2 k
Céau 23. Cho ddy (x,) dugc xac dinh nhu sau: X, = —+—+...+
2131 (k+1)!

N H & n n n
Tim limu_ vai u, =Q/x1 + Xy e Xogyg -

A. +oo B. —o C.1-—t D. 14—
2012! 2012!
k

1 2
Céau 24. Cho ddy (x,) dugc xac dinh nhu sau: X, = —+—+...+ :
2131 (k+1)!

N H & n n n
Tim limu_ vai u, =Q/x1 + Xy e Xogyg -

A. 400, B. —o. C.1 L D 1+L

20121 T 20121

Cau 25. Cho hamsé f (n)=avJn+1+bvn+2+cyn+3(neN")vsi a,b,cla hing sé thoa mén
a+b+c=0. Khang dinh nao sau day ding?
A. lim f(n)=-1 B. lim f(n)=1 C. lim f(n)=0 D. lim f(n)=2
Cau 26.Cho a,beN*,(a,b)=Lne{ab+Lab+2,..}. Kihiéu r, lasb cap sé (u,v) eN"xN" sao cho
n=au-+bv. Tim Iimr—”:i.
n—wo ab
1

A. 40, B. —. . —.
ab

D. ab-1.

Cau 27. Cho déy sb (u,) xic dinh bdi u, =3,2u_, =u_+1 véi moi n>1. Goi S, latong n so6 hang
dau tién cua day sé (u_) . Tim limS$,_ .

A. limS, =+, C. limS, =1. B. limS, =—o. D. limS, =-1.
~ o Z , . , - u,,+u, L. . N .
Cau 28. Cho day so (u,) xac dinh béi u, =1,u,=2,u,, == voi moi n>1. Tim limu, .
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A. +o, B.E. C.E. D.
2 3

w| b

Cau 29. Cho day so (u.) xac dinh boi u, ==,u,,, =uj+?“ v6i moi n>1. Tim limu, .

1

4
. 1 . 1 . .

A Ilmun:Z. C. Ilmun:E. B. limu, =0. D. limu, = +o.

Cau 30. Cho day sb (u,) xdc dinh boi u, =1,u_, =u_+2n+1véi moi N>1. Khidé |im% bing.

1 YN+l T
n

A. +0, B. 0. C. 1L D. 2.

. . L u+u )
Céau 31. Cho ddy so6 (u,) dugc xac dinh boi u, =a,u, =b,u_,, :% voi moi N>1, trong d6 a

va b 1a cac sb thuc cho trude, a<b. Tim gigi han caa (u,) .

A. limu, =a. C. Iimun:aJ;Zb. B. limu, =b. D. Iimun:2a+b.
n " Z L. 4n2 +Nn+2 , R z 2 ;e 3 N
Cau 32. Cho day so (u,) Voi U, =———— c , trong d6 @ la tham so. Bé (u,) c6 gidgi han bang 2 thi
an‘ +
gia tri cua thamsé a 1a?
A. -4, B. 2. C. 4. D. 3.

Cau 33. Tim h¢ thic lién hé giita cc sb thue duong a va b d@é: lim(v/n? +an+5—+/n? +bn+3)=2.
A. a+b=2. B.a-b=2. C.a+b=4. D.a-b=4.

Cau 34. Tim céc s6 thuc @ va b sao cho lim(31-n® —an—b)=0.

A 2= B. 127 c. (2= p. 1279,
b=0 b=0 b=-1 b=1
. s 2 ] ] . 1
Cau 35. Cho day sb (u,) . Biét D u, = 9N i moi n>1. Tim EZUk :
k=1 n k=1
1
A. 1. B. i C.0. D. +o.
& 143433
Cau 36. |Imz o2 bang:
k=1
A0, A c. =L D.
100 200 8
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GIG1 HAN HAM SO

n
X" +...+a, X+a,

Cau 37. Tim gisi han A= lim , (@,,b, #0).
JiotTe o X" 4. +b  X+b (@b % 0)

A. +o, B. —o. C. % D. Pap an khac.

. 3x-5sin2 X s
Cau 38. lim 3X58 5 X+eos X bang:

X—>+0 X +2

A. —0. B. 0. C. 3. D. +o0.
Cau 39. Cho a va b 1a cac sb thuc khéac 0. Tim hé thic lién hé gitra a va b dé giéi han:
lim{ 2 P la hitu han:
x>2 \ X“—6X+8 X°—5X+6

A. a-4b=0. B. a-3b=0. C. a-2b=0. D. a-b=0.

, , x*—a* .
Cau 40. Cho a la mot so thuc khac 0. Két qua dang cua lim bang:
X—a X—a
A. 3a° B. 2a° C. a° D. 4a°
2
Cau 41. Cho C :Iin}%,m la tham sé thyc. Tim m dé C =2.
X—>. X —
A m=2 B. m=-2 C. m=1 D. m=-1
2
Cau 42. Cho 3 va B la cac sé thue khde O-Néu lim* 2P _g ) a+b bing;
X—> X_

A. 2 B. 4 C. -6 D. 8

Cau 43. Givi han lim T2 YXHL s @ (ohan sb t6i gian). Gid tri cia a—b I
>3 X —+/4x -3 b
A 1. B L. C. 1. p. 2
9 8

Y8x+11-Jx+7 m

" AT , Mo A ., N NP N
Cau 44. Biet lim =— trong d6 — la phan so6 toi gian, M va n la cac s6 nguyén
n n

2 X2 —3X+2
duong. Tong 2m+n bang:
A. 68 B. 69 C. 70 D. 71

—_— _3 —_—
Cau 45. Biét lim YO*=9 2J27X > _m
=3 (x=3)(x*+3x-18) n

, Mo A, N N ot K A
trong d6 — la phan so6 toi gian, m va n la cac s6 nguyén
n

duong. Khi ¢6 3m+n bang:

A. 55 B. 56 C. 57 D. 58
[ 2
Cau 46. Cho a,b,cla c4c sé thuc khac 0. Tim hé thic lién hé gitra a,b,cdé lim & 2)( i); +2 =5
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A2 5 B 2% __5 c.2r¥® _g p. &P _ 5
C C C C
. P .| 4x? 1 X
Cau 47.Cho a va b la cac tham so thyc. Bict rang lim {)(C;L—?—(ax+b)}:0,a va bthoa
man hé thirc nao trong céac hé thae dudi day?
A. a+b=09. B. a+b=-9. C.a-b=09. D. a-b=-9.

. . . (1 1 1
Céau 48. Cho a la mot so6 thue duong. Tinh gidi han Ilm(———]

x—»al X a (x—a)2 '
A. bang —iz. B.la 400, C.la —o0. D. khdng ton tai.
a
A X . e . 1
Cau 49. Cho n la mot so nguyén duong. Tinh gidi han Im}(l n - —1—j
-1\ 1-x"  1-X
AL g "=t c. p. N*2
2 2 2 2
A s X L. . . . 1 .
Céau 50. Tim tat ca céc gia tri cua tham so thuc kK sao cho gigi han Im;(n— 2 1) la hitu han.
A k=2, B. k=2, C. k<2, D. k>2,
Céu 51. Tim gi6i han B = Iin(}—“lJraX_1 (neN*,a=0):
X—> X
A. 40 B. oo c.2 D.1-1
n a
Cau 52. Tim gi6i han A= lim~ =1 vsi ap 20
=0 U1+ bx —1
A. 4o B. — ol D.1+20
bn bn
Cau 53. Tim gidi han N = lim YLtax—Ylebx.
X—> X
A. 40 B. —oo c.2.b D. 2.8
m n m n
Cau 54. Tim gi6i han N = lim Vi+ax—Y1+bx.
=0 lex-1
2(an—bm)
A. +oo B. —o© C. D.0
mn
Cau 55. Tim gi6i han G = lim Vi+axylrbx -1,
X—> X
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A. 40 B. —oo c.2.b D. 2.8
m n m n
Cau 56. Tim gigi han F = lim Y@x+ @« HAx+1) -1,
’ x—0 X
A. 4+ B. —© C. g D.0
n
3 4 _
Cau 57. Tim gi6i han B = lim iraxdle pxifryx -1 afy %0 .
X—> X
A. +o0 B. —oo c.g=L-B,2 pg-r f.2
4 3 2 4 3 2
1+mx)" —(1+nx)"
Cau 58. Tim gisi hanvzling( +me) —(1eme)
X—> X
mn(n-
A. 4+ B. —© (n m) . mn(n+m)
2 2
o (1-x)(1-3x)...(1-¥x)
Cau 59. Tim gigi han K =1lim =
x—1 (1—X)
A. 4+ B. —© C. ll D.0
n!
(\/1+ x> + x)n —(\/1+ — x)n
Cau 60. Tim gidi han L = Iirrol :
X—> X
A. 4+ B. —© C. 2n D.0
. N _(1+mx)" —(1+nx)"
Cau 61. Tim gigi han V =lim :
0 1+ 2x — 31+ 3x
2(an—bm)
A. +oo B. —© cC.——~ D. mn(n-m)
mn

Cau 62. Tim tat ca cac gia tri cua tham so thuc m sao cho hamsé f () = mx++v/9x* —3x+1 ¢ gi6i
han hiru han khi x — +oo0.
A m=-3 B. m#-3 C. m>0 D. m<0

Céu 63. Gi6i han lim (Vx?* —3x+5+ax) =+ néu.

A ax>1. B. a<l. C. a>1. D. a<l.
4 b ’ lim (ax—+/x* +bx+2) =3  asb. .
Cau 64. Cho © va - la céc so thuc khac ~ . Biet ™ , thi tong bang
A 2. B. 6. C. 7. D. -5.
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Cau 65. Cho a va b la cac s6 thuc khac 0. Biét lim (ax+b-v'x* —6x+2) =5 sb I6n hon trong hai sb

a1 s nao trong céac s6 dudi day?
A. 4. B. 3. C. 2. D. 1.

N m M o
Cau 66. Bit 1im (VOX? +2x +327x* +4x2 +5) =—— trong d6 — la phan 6 tdi gian, m va n I
n

X——© n
cac s6 nguyén duong. Tim bdi s6 chung nho nhat caia m va n.
A. 135, B. 136. C. 138, D. 140.

Cau 67. Cho a va b 1a c4c s6 nguyén duong. Biét lim (v/9x2+ ax +3/27x° +bx2 +5) = %, hoi ava

b thoa man hé thirc nao dudi day?
A. a+2b=33, B.a+2b=34. C.a+2b=35. D.a+2b=36.

Céu 68. Tim gidi han C = lim [Q/(x+a1)(x+a2)...(x+an) -X]:

A 1o B oo c At t..+a, D &t t.+a,
n 2n
S RN g K . . .1/ 1 .
Cau 69. Cho a va bla céc so thuc khac 0.Gigi han Ixmgﬁbéng
A2 B. -2 c. 2 D. -2
2b 2b b b

Cau 70. Cho a,b,c la cac sb thuc khac 0,3b—2c¢ # 0. Tim hé thuc lién hé gita a,b,c dé:

lim tan ax _1
0 J1+bx —1+cx 2
a 1 g _ @ _1 c @ 1 a 1
" 3b-2¢ 10 "3b-2c 6 " 3b-2c 2 " 3b-2¢ 12
~ N N ” R  n . . Sin(X—l) s
Céau 71. Cho m va n la cac so nguyén duong phan biét. Gigi han Im}ﬁ bang:
-1 X" —X
A. m—-n B.n—m C. ! D. !
m-n n—m
Cau 72. Tim giéi han A = lim, 30X ) .
-1 sin(zx")
A. +o0 B. —o c. L D.0
m
Cau 73. Tim gigi han H =lim Yeos s ;\/COSbX .
x>0 sin® x
A. +o0 B. —o c.b_2 D.0
2n  2m
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Cau 74. Tim gi¢i han M = Iingl_— YOO
X—> X
a
A. +oo B. —© C. — D.0
2n
- . 35f(x)-11-4
Cau 75. Cho f () 1a da thitc thoa man fim- 0 =5 _12 Tih T = fim X210 |
x—3 X—3 x—3 X°—X—6
A.Tzi. B.Tzi. C.T=l D.Tzi.
20 40 4 20
HAM SO LIEN TUC
& L hix 20
Cau 76. Cho ham s6 f (x)= . X , V6i a=0. Timgiatri cia a dé hamsé f (x) lién tuc
—khix=0
2
tai x, =0.
A a=1. B.azi. C.a=-1. D.a:—l
2 2
_VAx+1-1 khi x=0
Cau 77. Tim @ dé cac hamsd f(x) =1 ax? + (2a+1)x lién tuc tai X=0
3 khi x=0
A. l B. l C. —1 D.1
2 4 6
X2  X>1

3
12X , 0<x<1. Tim khang dinh dtng trong cac khang dinh sau:
+X
xsinx ,x<0

Cau 78. Cho hamso f (x)=

A. f(x) liéntuctrén R. B. f(x) lién tuctrén R\{0}.

C. f(x) liéntyc trén R\{1}. D. f(x) liéntyc trén R\{0;1}.
’ 7 ’ —”1_)(_ vi1+x khi x <0
Cau 79. Tim tat ca cac gia tri cia m dé ham s6 f (x) = X lién tuc tai x=0.
1-x .
m+— khix>0
1+X
A m=1. B. m=-2. C. m=-1. D.m=0
3—")(_2+2X_1 khi x =1
Cau 80. Tim m dé cac ham s6 f (x) = x—1 lién tuc trén R
3m-2 khix=1
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A. m=1 B.m:g C.m=2 D. m=0

V2X—4 +3 khi x> 2
Cau 81. Tim m dé cac hamsé f (x) = X +1 _ lién tuc trén R

> khi x <2
XS =2mx+3m+2

A. m=1 B.m:—% C.m=5 D. m=0

x—2— X4+2 neu x >2
X —

Cau 82. Cho ham s f (x): x2++3b neu x <2 liéntuctai x =2. Tinh | =a+b?
2a+b—-6 neu x =2

A= I ci1=2 D.1=_173
30 16 32 16
, (x-3)" , , q
Cau 83. Chonhamso f(x)=1"",_3 khix#3 Tim tat ca cac gia tri caa tham sb thuc m dé ham
m khix=3
s6 lién tuc tai x=3.
A med. B. meR. C. m=1. D. m=-1.
ax’ —(a—2)x—-2 .
R . . khix=1 . .
Cau 84. Cho hamso f(x)= VX+3-2 . CO0 tat ca bao nhiéu gia tri cua a dé ham
8+a’ khix =1
sb lién tuc tai x =17
A. 1l B. 0. C. 3. D. 2.
12 (x=9)
Cau 85. Cho hamsé f (X)=1< ax—2b—12 (x<9) Biét rang a, b Ia gia trj thuc dé ham sé lién tuc
= _— = (x<
Ix-1-2
tai x, =9. Tinh giatricua P =a+h.
A.P:% B.P=5 C. P=17 D_p:_%

Cau 86. Cho phuong trinh x*+ax’+bx+c=0 (1) trong d6 a,b,c la cac tham s thuc. Chon khang
dinh dung trong cac khang dinh sau
A. Phuong trinh (1) v6 nghiém véi moi a,b,c.

B. Phuong trinh (1) c6 it nhat mot nghiém véi moi a,b,c.

C. Phuong trinh (1) ¢ it nhat hai nghi¢m véi moi a,b,c.
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D. Phuong trinh (1) ¢ it nhat ba nghiém véi moi a,b,c.

CAu 87. Phuong trinh x° —%x“ ~5%> +x* +4x-1=0 c6 bao nhiéu nghi¢m.
A. 2 B.3 C. 4 D.5

Cau 88. Tim tt ca céc gia tri ciia tham s6 thuc m sao cho phuong trinh sau c6 nghiém
(2m? —5m+2)(x=1)""" (x**** —2) + 2x+3=0.

A. meR\{%;Z}. B. me(—oo;%ju(Zﬁoo).C. me{%;Z}. D.meR,
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C - HUONG DAN GIAI

GIGI HAN DAY SO
. o n 1
Cau 1. Tim limu, biét u, =
;\/nz

+k
A. 40 B. —© C.3 D.1

Huéng din giai

Chon D.
Ta co: ! < ! < 1 , k=12,..,nSuyra n <u, < n
Jn2+n Jn?+k  Jnt+1 n®+n n®+1
. . n .
Ma lim =lim =1nénsuyra limu, =1.
n®+n Jn?+1
Cau 2. Tim limu, biét u, =+/2v/2..4/2
n dau can
A. 40 B. —© C.2 D.1

Huéng dan giai
Chon C.

, 1+i2+...+in 1_(1]" R B B 1—(1]1
Tacd: u,=2%2%2 2 =2 ‘% nén limu, =lim2 ‘¥ =2.

1 1 1 1
S=V2|1+=—+—4+=4.. F+—+.......
\/_( 2 4 8 ]

Cau 3. Tim gia tri dang cua 2"
A 2 +1. B.2. C. 2v2. D.%.
Huéng dan giai
Chon C.
Taco: S=+/2 1+£+£+1+...+i+ ....... :\/E.L:Z\/E.
2 4 8 2" 1_1
2
- .11 1 1
Cau 4. Tinh gi¢i han lim| —+—+...+
12 23 n(n+1)
A0 B. 1. C. % D. Khéng c6 gidi
han.
Huwéng din giai
Chon B.
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Dét:A:i+i+....+ ! :1—1+£—l+... 1.1 =1- ! __n
1.2 2.3 n(n+1) 2 2 3 n n+l n+l n+1
. 1 . n . 1
=lim| —+—+....+ =|Im—=|lm—1=1
12 23 n(n+1) n+1 141
n
CAau 5. Tinh lim i+i+....+;
1.3 35 n(2n+1)
2
A. 1. B. 0. C. 3 D. 2.
Huéng din giai
Chon B.
bat A:i+i+....+#
1.3 35 n(2n+1)
:>2A:£+£+....+#
1.3 35 n(2n+1)
:>2A:1—1+1—1+1—1+...+£— !
3 3 5 5 7 n 2n+1
YN
2n+1 2n+1
= A= n
2n+1
N 1 1 1 . . 1 1
Nén Ilm{—+—+....+—}:llm =|Im—1=—.
1.3 35 n(2n+1) 2n+1 o4t
n
.. . 1 1 1
Cau 6. Tinh gidi han: lim| —+—+...+
13 24 n(n+2)
A.E. B.1 C.0. D.g.
4 ' 3
Huéng din giai
Chon A.
. 1 1 1 L 1] 2 2
Taco: lim| —+—+...+ =lim=| —+—+
1.3 24 n(n+2) 2113 24 n(n+2)

n n+2

.1 1 1 1 11 1 1 . 3
=limZ|1-2+=-S+>-Z.+=- =lim=|1l+=——— |==.
2 3 4 3 5 2 n+2 4

2

Cau 7. Tinh gidi han lim i+i+...+ ! :
14 25 n(n+3)
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11

TS B. 2. C. L D.%.
Huéng dan giai
Chon A.
Cach 1:

111 1 |1 11111 1 1
lim —+—+..+ =lim —(1——+———+———+...+———j
14 25 n(n+3) 3. 4 2 5 36 n n+3

.11 1 1 1 1 1
=lim| =|1+=+=- — —
[3( 2 3 n+l n+2 n+3ﬂ
11 . 3n%+12n+11 11
=——lim =—
18 (n+1)(n+2)(n+3) | 18

Céch 2: Bidm may tinh nhu sau: C = lim [Q/(x+a1)(x+a2)...(x+an) —Xx] va so dap an (co

thé thay 100 bang sé nho hon hoic 16n hon).

Cau 8. Tinh giai han: Iim[(l—%j(l—sizj...(l—n—lzﬂ.

A. 1. B.l. C.l. D.E.
2 4 2
Huéng din giai
Chon B.
Cach 1:
lim (1_%(1_&2)...(1_&2] _lim (1—1j(1+1j(1—1)(1+1)...[1—£)(1+£}
2 3 n 2 2 3 3 n n
n n n-1 n-1 n-1 yn _Xn
=Y =X =(Y-X)(Y T HY X+ AXT) DY X —
Y'Y X+ X
Céch 2: Bam may tinh nhu sau: = lim (y—x) = lim y X va so dap an (co

e AR T A S I G
thé thay 100 bang sé nho hon hoic 16n hon).

Cau 9. Tinh gii han cia dy s6 u, = (1= 1)1~ )..(- =) trong d6 T, _n(n+1) .

T, T, 2
1
A. +o B. -0 C. 3 D.1
Huwéng dan giai
Chon C.
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Tace: 1-+=1-— 2 _(k-1)(k+2)
T, k(k +1) k(k +1)

1n+2 . 1
Suyrau, ==.——=limu, ==.
3 n 3

. . 2°-13-1 n*-1
Cau 10. Tinh giéi han cua day so U, = — .33 ....n3 i
2°+1 3+1 n’+1

2

A. +© B. —o© C. 3 D.1
Huwéng din giai
Chon C.
3 _ 2
Tach k3 1 (k 1)(k2+k+1)
Kl (K+D[k =17+ (k-1) +1]
2 n+n+l 2
Suyra =u, =—.—=limu, =—
3 (n-Dn 3
A g " 2k -1
Cau 11. Tinh gisi han cua day so u, = > o
k=1
A. + B. —© C.3 D.1
Huéng din giai
Chon C.
.. 1 1 (1 1 1 2n-1
Tacoiu ——U =—+|-+—=+t—x|——1
2 2 \2 2 2 2
1 3 2n+1 .
= =U,=————— =limu, =3.
2 2 2
Cau 12. Tinh gi6i han cua day s6 u, = > ——.:
i n°+k
A. + B. —© C.3 D.1

Huéng din giai

Chon D.
. n -n -1
Taco: N——<u, SN—-—=>—F—<U,-1<—
n°+n n“+1 n°+1 n°+1
n .
= |u, - <—5——>0=limu, =1.
n“+1

Cau 13. Tinh gi6i han cua ddy s6 u, = q+2¢° +...+nq" véi g/ <1.:
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A. +o0 B. oo c.— 4 D. —3
(1-q) (1+a)

Huéng din giai

2

Chon C.
Taco:u —qu, =q+q*+q°+...+q"—ng""

n

= (1-q)u, :ql_q —ng"*. Suyra limu_ = d =
1-q (1-q)
3 3 3 3
cau 14. Biét lim2 23 —t 2 (abeN). Gidtricia 207 +b° I
n" +
A. 33 B. 73 C. 51 D..99

Huéng din giai

Chon D.

1 1 1
+ +ot :
2V1+42 3J2+243 (n+1)/n+nvn+1

A. +o B. —0 C.0 D.1

Cau 15. Tinh giéi han cta ddy s u_ =

Huéng din giai

Chon D.
5 1 1 1
a co: - _
k+DVk +kvk+1 vk Vk+1
Suyra u,=1- L limy =1
" Jn+1 "
i+ 4n
Cau 16. Tinh gii han cia day s u, = (LFIVL +27+. 407,
3n°+n+2
A. +o0 B. —oo Q_é b 1
Hwéng dan giai
Chon C.
2
Taco: 1°+2°+..+n° :[@}
2
Suyra u, :n(;’]—-i_l): "mun :1.
3(3n° +n+2) 9
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A o N . l+a+a’+..+a"
Cau 17. Cho céc so thyc a,b thoa [a| <1;|b| <1. Tim gi¢i han | =lim - —,
1+b+b°+..+b

A. +o B. —o g._ﬂ D. 1
l-a
Huéng din giai
Chon C.
. 2 Y S ST " 2 n 1-a™
Taco 1,a,a%,...,a" l1a mot cap so nhan cong boi al+a+a+..+a" = 1
-a
) . 1_bn+1
Tuong tu 1+b+b"+...+b" =
1-b
l_an+1
Suy ra lim 1 = lim-1=2_ _1-b
1-b™ 1-a
1-b
(Vila<L|b<1=lima™ =limb™ =0).
u, = 2011 s
. x . , U
Céau 18. Cho day so (u,) duoc xac dinh bai: 1.Tim lim—2,
un+1 :un +_2 n
un
A. +oo B. —o© C.3 D.1

Huwéng dan giai
Chon C.
Tathay u, >0, Vn

. 3 1
Taco: ul, =ul+3+=+= (1)

Suyra: ud>ud, +3=ul>ud+3n (2)

. \ 1 1 1 1
Tir (1) va (2), suy ra: U, <u’+3+ + S <Ul+3+—+—

Us +3n (u§+3n) n 9n’
Do do6: ud <ud +3n+= 1.1 %(3)
ok 91Tk
51 1 1 1 1 51 51
Laico: Y —<l+—+—+..+ =2-=<2.Y=<in — <4/2n
;kz 12 23 (n=1)n n =k kZ::‘kz
Nén: u03+3n<u§<u§+3n+3+—‘§n
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TN i@ o2 2

Hay 3+—2<—2<3+24+—+——.
y n n n 9n 3J/n
3
Vay lim% =3,
n
. .U = , ]
Cau 19. Cho ddy sb (u, ) duoc xac dinh bai § " . Tinh limu,.
2(n+1)u,,, =nu, +n+2
A._limu =1. B. limu, =4. C. limu, =3, D. limu, =0.
Huwéng dan giai
Chon A.
1
U, :E
Cau 20. Cho day sb c6 gidi han (up) xac dinh bai: 1 . Tim két qua dang cua limu, .
Uy = ,n=1
2—U,
1
A. 0. B. 1. C. -1. D. 2
Huéng dan giai
Chon B.
Taco: U = =1, = 23U, = Spu, = 2y =2
-12!2 3’3 4’4 5’5 6"
. no .. .
Du dodn u, =—— vl neN
n+1
D& dang chirng minh dy doan trén bang phuong phap quy nap.
Tir dé limu_ = lim—"— = lim— =1,
n+1 1+1
n
u, =2
Cau 21. Cho day s6 (u,) theaman{ ~— _ U, +v2-1 YneN'. Tinh Uy,
n+1 l—(\/i—l)un
A. Uy, =7+542 B. Uy =2 C.lpy=7-5v2  D.Uy,=7+2
Huéng din giai
Chon A.
Cau 22. Cho day sé (%) xéc dinh bai x, :%, X =X 4+x >l
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1 1
+ et

X +1 X, +1 X, +1

n

Pjt S, = .Tinh limS, .

A. 400 B. —o C.2

Huéng din giai

Chon C.

Twr cong thuc truy hoita co: X , >x, Yn=12,...

n+1

Nén ddy (x, ) la ddy sb tang.

Gia st ddy (x,) la ddy bi chin trén, khi d6 s& ton tai limx =X

Véi x la nghiém cua phuong trinh: x =x*+x < x=0<x, VO li

Do d6 day (x,) khong bi chan, hay limx, =-+co.

Mt khac: —— = — 1 L1

X _xn(xn+1):x X, +1

n n

n+1

1

X +1 x. X

n n n+1

Suy ra:

Dan téi: Sn:i— L =2- L = limS, =2-1lim L

=2

Xl Xn+1 Xn+1 Xn+1

1 2
Cau 23. Cho ddy (X,) dugc xac dinh nhu sau: X, =§+§+

N H & n n n
Tim limu_ vai u, =Q/x1 + Xy e Xogyg -
A. +oo B. —o©

Huéng dan giai
Chon C.

L L nén x, =1- L

Ta 0 o T kD) (k+1)!

1 1

SUY TR X Xt = o (ke )!

<0= X, <X,

Y n n n
Ma: Xy, < Q/ X+ Xy ot Xogy, < V2011,

Mét khéC Ilm X2011 = Ilm \n/ 2011)(2011 = X2011 = l_ 20::LLZ|

k

+
(k +1)!

1

20121

T4———
2012!
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Vay limu, :1—L.
2012!

1 2 k
Céau 24. Cho ddy (x,) dugc xac dinh nhu sau: X, = —+—+...+ :
2131 7 (k+1)!

N H L n n n
Tim limu_ vai u, =Q/x1 + Xy e Xogyg -

A. 400, B. —o. Q._l—L. D. 1+L
2012! 2012!
Huéng din giai
Chon C
Ta co: K L L nén x, =1- L

(KDl kI (k+1)! (kD!

1 1

SUYTa X X = ot k)]

<0= X, <Xy

N n n n
Ma: Xy, < Q/x1 + Xy F oot Xoopy < V2011,

Mt KhAC: 1im X,op, = lim Y2011%,0,; = X0, =1 - ——

20121

Vay limu, :1—L.
2012!

Cau 25. Cho hamsé f (n)=aJn+1+bvn+2+cyn+3(neN")vsi a,b,cla hing sé thoa mén
a+b+c=0. Khang dinh nao sau day ding?
A. lim f(n)=-1 B. lim f(n)=1 C._lim f(n)=0 D. lim f(n)=2

X—>+o0 X—>+00 T X—>+w X—>+00
Huéng din giai
Chon C

Cau 26.Cho a,beN*,(a,b)=Lne{ab+Lab+2,..}. Kihiéu r, lasb cap sé (u,v) e N"xN" sao cho

n=au+bv. Tim Iimr—”:i.
n—o ab
1
A. +o0. B. —0. C.—. D. ab-1.
ab
Huwéng dan giai
Chon C
. N n-1
Xét phuong trinh [0;—} D).
n
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Goi (Uy,V,) 1a mot nghiém nguyén duong cua (1). Gia st (u,v) la mot nghiém nguyén
duong khac (u,,v,) cua (1).
Taco au, +bv, =n,au+bv=n suyra a(u—u,)+b(v—v,) =0 do d6 ton tai k nguyén

v, -1
a

dwong sao cho U=U, +kb,v=v,—ka. Do v Ia s6 nguyén duong nén v, —ka>1< k <

)

Ta nhan thay s6 nghiém nguyén duong ctia phwong trinh (1) bang s6 cac sé k nguyén

duong cong véi 1. Do d6 . :[VO _1}1:[1—“—0—1}1.
a

< 2 1 wu
Trdéosuyra: ———2-——<<— 0= 4=

Tur day ap dung nguyén ly kep ta cé ngay lim X — ib :
n—oo n a

Céach 3: Dung chic lim cia may VNCALL 570ES Plus: chuyén ché d6 Rad +
COS5X

2X |y 5 -10°

lim

va so dap an.

Cau 27. Cho déy sb (u,) xic dinh bdi u, =3,2u_, =u_+1 véi moi n>1. Goi S, latong n so6 hang
dau tién cta day sé (u,) . Tim limS, .
A. limS, =+oo. C. limS, =1. B. lim§, =—o. D. limS, =-1.
Huéng dan giai
Chon B.
. . 1 1 .
Cach1:Taco 2u,,,=u,+1 <U,, :Eu” +E .Dat v, =u_ -1.

1 1 1 1 R LA A o A
Khidé: v, =u_, —1= S, +E_1:E(u“ -1) =5 Vn- Vay (v,) 1a mot cap sé nhan c6 cong

boi q =5 Goi T, latong nsé hang dau tién caa (v, ).

()
) l— n n n
Taco: T, =v,. a =V,. 2 =2v,.|1- 1 .Suyra: S =T, +n=2v.|1- 1 +N
1-q 11 2 2
2

Vay limS, = +o.

Céch 2: Str dyng MTCT. Nhap vao man hinh: A=A+ X:Y :%X +%: X=Y.
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Bam r, may hoi A? nhap 0, may hoi X? nhap 3, may hoi Y? Nhap 0, bim =

lién tiép ta thay gid tri ciia A ngay mot ting cao.

Céu 28. Cho day sé (u,) xac dinh bi U, =1u, =2,u,_, :% Vi moi n>1. Tim limu, .
A. +o0. B3 c.2 D. 2.
2 3 3
Huéng din giai
Chon C.
Str dung MTCT.
Qui trinh bam may Két qua thu dwoc
QCQraQZ+QXR2$QyQZQrQXQyQXQrQC[‘l:Z::::::: E—ﬂ 8 Wath ADisp
T T T jnpene e —— - 2

Dang céch tim dang phan sé ciia s6 thap phan vo han tuan hoan 1,(6) ta duoc
1,66666667 = g .

. ., < .. b
Vay gidi han cua day so trong truong hop nay bang 3

2 ~ X , . , - u +u L.
Bé sung: Cho day sb (u,) dugc xéc dinh béi u, =a, u, =h, u,, =“T“+1 voi Yn>1,

trong d6 a,b 1a cac s6 thyuc cho trude, a <b . Ngudi ta chimg minh duoc rang

. a+2b
limu, = .
3

Cau 29. Cho day s (u,) xac dinh béi u, =

1 ¥+l

Up e -
u :uf+?“ v6i moi n>1. Tim limu, .

N

. 1 . 1 . .
A. Ilmun:Z. C. Ilmun:E. B. limu, =0. D. limu, = +o.

Huéng dan giai

Chon B.

0
. o ) L
Gia suir day c6 gi6i han hitu han L.Kh1détacé:L=L2+E:>2L2:L: . 1.
2

. . — 1
Tuy nhién dén day ta khong con can cir d€ két luan L=0 hay L = r
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Ta str dung MTCT twong ty nhu bai tap trén thi thay rang gisi han cua ddy sb 1a 0. Vay
chon Chon B.

y=x2+ 2
2

1,706192802.107°

Cau 30. Cho déy sb (u,) xic dinh béi u, =1,u

n+l

TR TI N
=u_+2n+1véimoi n>1. Khidé lim—2L bang.
u

n

A. +oo. B. 0. C.1. D. 2.
Huéng dan giai

Chon C.

Cach 1: Tacé

u =1%; u,=1+21+1=2%; u,=2°+2.2+1=9=3";,

Dy doén U, =n?. Khi d6 U, =U, +2n+1=(n+1)". Vay u, =n’ ¥n>1,

n+1)°
Suyra lim Uni :Iim( :2) =1.
Céch 2: Str dyng MTCT. Nhap vao man hinh.

Qui trinh bam may Két qua thu dwoc
QnQrQ)+2Qz+1QyaQnRQ)$QyQ)QrQnQyQzQrQz+1ri=1= | ., ° ot A
T T T E

z5
1

Bam r, may hoi X? nhap 1, may hoi A? nhap bam = lién tiep, theo ddi gié tri cua < ta thay
gia tri d6 dan vé 1.

Nhgn xét: O bai nay s& phai bAm phim = lién tiép kh& nhiéu lan, do khi n chua dua 16n thi

2
. s s ek A i n+l . .
chénh léch gitra (n +1)2 va n’ la kha xa nén gia tri cua (n+1) kh& xa so vai 1.

r]2
A x A r . 20 un+1 + un & H r

Cau 31. Cho day s6 (u,) dugc xac dinh boi u, =a,u, =b,u_,, == vGimoi n>1, trong d6 a
va b 1a cac sé thuc cho trude, a<b. Tim gisi han cia (u).

A. limu, =a. C. Iimun:a+2b. B. limu, =b. D. Iimunzza;b.

Huéng din giai

Chon C.

Pay la mot bai toan chira tham sd.
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Vi 1a bai toan trac nghiém nén c6 mot céch la cho a va b céc gia tri cu thé, rdi sir dung
MTCT dé tim gigi han, tir 46 tim duoc dap an ding.

a+2b :§1 2a3+b —7va a’b’a+32b’2a3+b doi mot

Chang han cho a=2,b=3. Khi d6

3 3
khac nhau.
Nhap vao man hinh:

Qui trinh bam may Két qua thu dwoc
QcQraQz+QxR2$QyQzQrQxQyQxQrQcr2=3====== E+E o Math ADisp
—————————————————= ——=—== I:=T
Diing cach tim dang phan so cua so thap phan vo han tuan hoan 2,(6), ta dugc 2,(6) = g
Vay gigi han cua day s trong truong hop nay bing % .

2 . ~ X , . 5 = un+1 + un
Bé sung: Cho day sb (u,) dugc xac dinh béiu, =a,u, =b,u,,, == vn>1, trong

d6 a,b 1a cac sb thuc cho trudc, a<h.

a) Chung minh day (u,, ) 1a ddy giam, con day (U,,,,)la day tang.

b) Chiing minh ring |x

n+2 ~ Xn

c) Ching minh rang 2x_, + X, = 2X, +% vn>1.

s R N a+2b
d) Ching minh rang (u, ) c6 gici han va giéi han do 1a sy
A ~ z , - 4n2 +n+2 , N z 2 P 3 N
Cau 32. Cho day so (u,) véi u, BT trong d6 a la tham so. Bé (u,) co gidi han bang 2 thi
an‘ +
gia tri cua tham sé a 1a?
A. -4. B. 2. C. 4. D. 3.
Huwéng dan giai
Chon B.
2
D& thiy véi a=2 thi limu, =lim#1 "1 *2_
2n°+5
That vay:
2
Néu a=0thi limu, = lim2""*2_

2
Néu a#0 thi limy, = lim 2" +N*2_4

an’+5 a
Do d6 d¢ limu, =2 thi %:2<:>a:2.
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Cau 33. Tim h¢ thic lién hé giita cc sb thue duong a va b d@é: lim(v/n? +an+5-+/n? +bn+3)=2.
A. a+b=2. B.a-b=2. C.a+b=4. D.a-b=4.

Huéng dan giai

Chon D.
Tir két qua da trinh bay trong phan vi dy, ta thiy can phai nhan chia véi biéu thic lién hop.
Ta co:
_b+Z
a-b)n+2 a

JnZ+an+5-+n?+bn+3 = - (2-b) - = : n —

JnZ+an+5++/n? +bn+3 \/1+a+2+\/1++2

n n n n

Suy ra Iim(\/n2+an+5—\/n2+bn+3):a—;b. Do d6 dé

Iim(\/n2+an+5—x/n2+bn+3):2
<:>a—;b:2 oa-b=4.

Cau 34. Tim céc s6 thuc @ va b sao cho lim(31-n® —an—b)=0.

A 2=t B 121 c.ja=-1 p. 1270
b=0 b=0 b=—1 b=1

Huéng din giai
Chon A.

Taco Iim(%/l—n3 —an—b) =0 <b= Iim(\3/1—n3 —an) . bé Iim(%/l—n3 —an) hitu han thi

a >0 ( xem lai phan viduy ).

phan Vi du). Ta c6 Iim(%/l— n® + n) =0.Vay b=0.

. . n+9n . . .1
Cau 35. Cho day sb (u,) . Biét D u, _ 309N i moi n>1. Tim —> u,.
k=1

U, k=

A. 1l B. % C.0. D. +.
Huéng din giai
Chon B.
Ta co:
n+1 n 1 2 l 2
Upyy = D U= DUy :3(n+ ) 2+9(n+ ) _3n ;9n =3n+6=3(n+1)+3.
k=1 k=1

Suyra u, =3n+3.
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Vay Iim ZUK—I 3n” +9n Smon 3 1
u, & 2n(3n+3) 23 2
1+3+% 3.
Cau 36. Ilmz - +5:2r " bing:
A.O. B. - c. 2L p. 1.
100 200 8
Huwéng din giai
Chon C.
3|
1+3+3 +...+3
Ta co: Ilmz o2 —Ilmz =

Do d6 nén rat khé dé stir dung MTCT d6i véi bai toan nay. Ta co:

237 agag 3 aray 1 a1} 3 2 1 é 17
z I:51k+2 :z 2.5k+2 :_Z(_] __Z(_] = 2 &N 200

i < 5045\5/) 50%\5) 50, 3 50, 1 " 200
5 5
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GIG1 HAN HAM SO

X"+..+a _X+a
Céu 37. Tim ||hnA—I|malO b, #0).
gict e oo X+ +b,  X+D, (@00, #0)

D._bap an khac.

A. 40, B. —xo. C. —.
3
Huéng dan giai
Chon D
a, a,
X" (a, T L)
Tacd: A= lim X X X
oo b, b, by
X"(by + 24+ D+ )
X xm‘1 X"
a a
a0+i+...+:—‘}+—:
X . X X" X ay
e Néeu m=n= A= lim =0
X g “_+h+b7m bO
X X"t x™
a a
ao+i+...+:—j+—:
e NbUm>n= A= lim X X X =0
bl bm—l m)

X—>+o0 _
X"y + L4+
X X"

(Vite »>a,, mau —0).

(a0+—+ +an +—“) ;
X" {+oo khi a,b, >0

o Néu m<n,tacé:A=Iim X" _ .
o +g+ +bm1+b7 —oo khi a,b, <0
et L

X X X"

3x—5sin 2x +c0s’ X

Cau 38. lim - bang:
X—>+00 X +2
A. —o. B.O. C. 3. D. +0.
Huéng din giai
Chon B
3x—5sin2x+cos’x . 6x—10sin2x+C0s2X . 6Xx . —10sin 2x + cos 2x
lim 5 = lim > =i >—+ lim >
X0 X +2 X0 2X°+4 x40 QX" 4 Xt 2X° +4

. —10sin2x+cos2x
= lim > )
X+ 2X°+4

~105in 2x + oS 2X < \/(102 +12)(sin2 2X + s> 2x) — 101 nén:

Trang 31
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—10sin 2X + cos 2x| - J101

o<

2x% +4 " 232 +4°
M Tim \/101 _ 0 nén lim —105|n22x+c052x:0.
x40 2% 4+ 4 X400 2X° +4

Cau 39. Cho a va b 1a cac sb thuc khéac 0. Tim hé thic lién hé gitra a va b dé giéi han:

Iim( _a b ]Iéhfruhan:
x>2\ X“—6X+8 X°-5x+6
A. a-4b=0. B. a-3b=0. C..a-2b=0. D. a-b=0.
Huéng din giai
a b a b
ach 1: Taco - = -
cac aco X’ —6x+8 x*—5x+6 (x—-2)(x—4) (x-2)(x-3)
~ a(x—3)-h(x-4) ~ g(x)

(x=2)(x=3)(x—4) (x=2)(x-3)(x-4)

Taco lim(x-2)=0;lim(x-3)=-1 lim(x-4)=-2;lim g(x)=2b-a.

X—2" X—2~ X—2~ X—2"

Do d6 néu limg(x)=0< 2b—a =0 thigiéi han can tim 1a vd cuc theo quy tic 2.

X—2"
Tt d6 chon dugc dap an ding la  C.

(That vay, néu Iir;] g(x)=2b—a=0thi

a b bx=2b b

x> —6X+8 x2—5x+6_(X—Z)(x—3)(x—4)_(x—3)(x—4)
) a b . b b

Vadodo | - =lim— =—

@ OXLT‘(XZ—GX+8 x2—5x+6] XLT'(X—3)(X—4) 2

Céach 2: Str dung MTCT. Véi mdi dap an, 14y cac gia tri cu thé cua a va b, thay vao ham
s6 rdi tinh giGi han.

Tt d6 chon dugc dap an laC.

4 4
Cau 40. Cho a 1a mot sb thuc khac 0. K&t qua ding cua lim~—2 bing:
X—a X—a
A. 3a° B. 2a° c. a’ D. 4a°

Huwéng din giai
Chon D.
Cach 1: Taco
- X4_a - (X_a)(X3+X2a+Xa2+a3) - 3 2 2 3 3
lim—— =1lim =lim(x* +xa“ +xa+a’)=4a".

X—=>a X — a X—a X — a X—a
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Céch 2: Cho amt gia tri cu thé roi tinh gioi han bang may tinh cam tay. Chang han voi

4 4

. -2
a=2taco lim =32=4.2° Do d6 chon Chen D.

xoa X —2

NATURAL-U.P.A.IN.
2
Cau 41. Cho C = |in;%+lml,m la tham sé thyc. Tim m dé C =2.
X—. X —

A m=2 B. m=-2 C.m=1 D. m=-1

Huéng din giai
Chon B.
2
Cach 1: C = lim X rr12x+m l:Iim x=-D(x—-m+1) _im X m+l_2-m
x-1 x“ -1 -l (x=1)(x+1) -1 x+1 2
ViyC=2&m=-2,
Céch 2: Thay lan luot cAc gi tri cia m vao, roi tim C cho dén khi gap két qua C = 2 thi

dung lai.
2
Cau 42. Cho 3 va B la cac sé thue khde O-Néu lim* 2P _g ) a+b bing;
X—> X_
A. 2 B. 4 C. -6 D. 8

Huéng din giai
Pap an C
Pit g(x) = x> +ax+b . RG rang la néu g(2) = 0thi Iin;ixg khong thé hitu han. Do d6

diéu kién dau tién la g(2) =0 < 2a+b=-4.
b

Khi do g(x) = (X - 2)(x——) va lim 9( ;_IXian(x—g):Z—E.

Vay lim 9%) 6:>2—9:G:>b:—8:>a:2:>a+b:—6

X252 X — 2

CAu 43. Gigi han lim XH1=YoX+L
>3 X —+/4x-3

Al B. L. c. 1. p. 2
9 8

g % (phan s6 t5i gian). Gid tri cia a—b I

Huwéng dan giai
Chon A.
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8X+11—-~/X+7 m m .. . 2.z . . N A

Cau 44. Biét Ilm\/ > J =— trong d6 — la phan so toi gian, m va n la cac so nguyén
x—>2 X" =3X+2 n n

duong. Tong 2m+n bang:

A. 68 B. 69 C. 70 D. 71

Huéng dan giai

Chon A.
38X +11—/x+7 %/8x +11—3_ x+7-3

X —3X+2 X°—3x+2 x*-3x+2
_ X—2 ~ X—2
(= 2)(x-D)(F/@x +11)? +3¥8111+9) (x—2)(Xx-D(/x+7+3)
_ 8 ~ 1
C(x=D(E(Bx+11)? +3Y8+11+9) (X-D(x+7+3)

Taco lim 8 8 i

R D1+ eIy 2 R 1>(Jm+s> 6

Do dé lim 38x +11 —/x+7 8 1_7

HZ x> —3x+2 27 6 54
Vay m=7;n=54va 2m+n =68,

Tacd

Cau 45 Bidt lim YOX-9-¥27x-54 _m
23 (x=3)(X* +3x - 18)

duong. Khi ¢6 3m+n bang:

, trong do — la phan sé téi gian, m va n la cac s6 nguyén
n

A. 55 B. 56 C. 57 D. 58
Huéng din giai
Chon C.
Tach V6x—9-327x-64 _ 6x -9 -3/27x-54
(x—3)(x* +3x-18) (x—3)*(x+6)
Str dung MTCT ta tinh duoc:
i Y6X—9-¥27x54 1 . 1 1
x-3 (x—3)? 6 x3x+6 9
3
nén lim V6x 9 —Y27x- >4 _ 1 .Vay 3m+n =57,

>3 (x—3)(x* +3x-18) 54
Giai tu luan: Bat t=x—-3thi limt=0va

X—3

V6x—9-327x-54  J6t+9-327t+27 6t+9—(t+3) (t+3)-327t+27
x—37 e T p ' e
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ax—bv9x* +2 _5

Cau 46. Cho a,b,c la c4c sé thuc khac 0. Tim hé thic lién hé gitra a,b,cdé lim

X—>—o0 cx+1
A 2P g B 2= _ 5 c. at¥d _g D2 _ 5
C C C C
Huéng din giai
Pap an C
> ax + bx 9+i a+b 9+i
, .. ax—bvox“+2 . NG . x> a+3b
Tacéd lim = lim = lim = .
X—>—00 cxX+1 X—>—00 cX+1 X—>—00 1 C
C+—
X
2
Dods lim X=X +2 o a+3b o
X—>—00 cx+1 C
) o . s 1 Ax® +3x+1 .
Céu 47.Cho a va b la cac tham so thyc. Biét rang lim {%—(ax+b)}:0,a va b thoa
X—>+00 +
man hé thirc nao trong céc hé thae dudi day?
A. a+b=9. B.a+b=-9. C.a-b=09. D. a-b=-9.

Huéng din giai

Pap an A

2
lim {4X+—3X+1—(ax+b)}: lim {(4x+5)+£—(ax+b)}.
X—>00 X+2 X—>00 X+2

2
Do do lim {4X+—3X+1—(ax+b)}:0:>a:4;b:—5:>a—b=9.
X—>00 X+2
A N ar A , . (1 1 1
Cau 48. Cho a la mot so thuc duwong. Tinh gidi han lim| ——— >
x»al X a (x—a)
A. bang —iz. B.la +oo. C.la —o. D. khdng ton tai.
a
Pap an D
Céach 1: Taco (E—E] ! > _azx 1 = -1
X a (x—a) ax (x—a) ax(x—a)
Do d6 lim (1—1] L im _—1:+oo;
xoa \X ) (x_a)f xoa &x(x-a)
, (1 1] 1 , -1
lim|=-= = lim ———— = —x;
o\ X a)(x_a)f  xoa” ax(x-a)
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N 11 1 . 11 1 N 11 1 . AL
Vay lim | =-= # lim | ——= nén lim| ——= khong ton tai.
x—sa L X a (x—a)2 x—sat\ X a (x—a)2 x—>al X a (x—a)2
Céch 2: Cho a mot gia tri cu thé, chﬁng han a=1, thay vao ham s6 101 str dung MTCT dé
tinh gi&i han.

A s . . . n 1
Cau 49. Cho n la mot so nguyén duong. Tinh gidi han Ilm( ——j.

->1(1-x" 1-X
Al g =1 c. p. N*2
2 2 2 2
Huéng dan giai
Dap an B

Céch 1: St dung MTCT tinh gidi han véd1 mot gia tri cu thé ctia N rooif so sanh véi dap an.

. . 3 1
Chang han n=3 taco Ilm[ ——]:1.
x—1 1—X3 1-x

1 n—(1+x+x2+...+x”_1) 1

Céch2:- "1 _ _ C1-x+1-x% 441X
l—Xn 1-x 1_Xn l—Xn
1+(1+x)+(1+x+x2)+....+1+x+x2 +ot X2
1+ X+X2 4.+ x"t

Lo n 1 n-1
Do do lim - = .
Xx—1 ]__Xn 1-x 2

L n 1 n-1
Luu y: lim — = .
x—1 1_Xn 1-x 2

A < L. : . . 1 R
Cau 50. Tim tat ca cac gia tri cua tham so thuc K sao cho gigi han Iqu(—l— > 1) la hiru han.
X—>. X_ X —
A k=2, B. k=2, C. k<2. D. k>2.
Huéng din giai
Pap an A
Taco —=——— =X 17K i fim(x+1-Kk)=2-k; lim (X2 ~1) =0 nén dé
Xx-1 X2 -1 X2 -1 X—1 Xx—1
. 1 k o C A 1AL A 1
lim| —-— 1 hitu han thi diéu kiéncanla 2-k=0sk=2.
x—1l X=1 y2_1

1 2 x-1 1 _ 1 k 1 1
That vay, khi k=2, - = = .Nén lim| —- =lim—==.
x-1 y2_1 x?2-1 x+1 x>l X=1 x2_1) xo1x+1 2

. 1 k
Luuy: lim| —-— hiru han < k=n.
x—1\ X=1 x"N_1
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Céu 51. Tim gi6i han B = Iin(}—“lJraX_1 (neN*,a=0):
X—> X

A, +oo B. —w c. 2 D.1-1
n a

Huéng din giai
Chon C.
Cach 1: Nhan lién hgp
Ta co:

(\/l+ax 1)(\/(l+ ax)"! +\/(1+ ax)"? +...+ Y1+ ax +1)
b x(\/(1+ ax)"! +\/(1+ ax)"? +...+¥1+ax +1)
a a
=lim =—,

=00 \/(1+ax)” - +\/(1+ ax)"? +..+VYl+ax+1 N
Céch 2: Pit an phu

B=

t"-1 |
baitt={l+tax=>x=——va x>0t -1
a

.o t-1 . t-1 a
= B=alim =alim - =—,
it -1 oL (=D +t" . +t+D) N

Yl+ax-1

Cau 52. Tim gidi han A= Ilm—
=0 J1+bx -1

am am

A. 40 B. —© C. — D.1+—
bn bn

Huéng din giai

Vvoi ab#0:

Chon C.
Ap dung bai toan trén ta co:

\”/1+ ax — 1 X 3 E
x—>0 x—>0 Y1+ bx — n

Cau 53. Tim gigi han N = lim UL+ ax - YL+bx ;

x»O X

am

m_am
b bn’

A. 40 B. —oo c. 2.2 D. 2.8
m n m n
Huéng dan giai
Chon C.
Vl+ax-1 \”/1+bx -1 _a b

Taco: N =lim ———
x—0 X er m n

1 -1
Cau 54. Tim gidi han N —Ilm\/ rax +bX:

=0 l+x-1

2(an—bm)
A. 40 B. —© cC.——~

mn

D.0
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Huéng din giai
Chon C.

m n

Taco: N=Ilim =
x—0 X mn

Vl+ax-1 Yl+bx-1 X (a b]Z_Z(an—bm)
X lx-1 T '

Cau 55. Tim gidi han G =lim

x—0

Vi+ax¥l+bx -1,
. .

A. 40 B. —oo c.2.b D. 2,8
m n m n
Huwéng dan giai
Chon D.

\m/1+ax(\“/1+bx—1) y "M+ax—-1 b
+lim———=—+
n

X x—0 X

, . a
Taco: G=Ilim —
x—0 m

Yx+)@x+1)(dx+1) -1
< :

Cau 56. Tim gidi han F = Iirrg

A. 4+ B. - C. D.0

9
n

Huéng dan giai
Chon C.
Pt y = Y(2x+1)Bx+1)(4x+1) = y >1 khi x >0
va: lim2 -1 lim (2x+1)(Bx+1)(4x+1) -1 _

x—0 X Xx—0 X
y'-1 9

Do do: F =Ilim =—
SOX(y Yy Ly +1) N

9

3 4 _
Cau 57, Tim gidi han B  lim Y27 @X YL+ BxgLyx -1

x—0 X

voi afly #0 .

A. +o B. —0 C. B=

NI
w ™
+
N R
O
w
Il
[=
+
w |
+
|

Huéng din giai
Chon D.
Ta c6: V1+ax3L+ fxil+yx 1=
= V1+ax3L+ px(YL+yx 1)+ 1+ ax((F1+ fx -1) + (V1+ax 1)

4 _ 3 — —
B = lim(I+axifT+ px) XLy lim L+ ax VAL | i irax -1
X—> X—> X X

X x—0

A o _(L+mx)"—(1+nx)"
Cau 58. Tim gidi han V = leng = :

mn(n—m) 5 mn(n+m)

A. 400 B. —» C. .
2 2
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Huéng din giai

Chon C.
Taco: V = lim (1+nx) —2(1+ mnx) _lim (1+mx) —2(1+ mnx) _ mn(n—m) |
x>0 X Xx—0 X 2
. - (1) (1=%x)...(1-¥x)
Cau 59. Tim gigi han K =Ilim L
x—>1 (1_ X)

1

A. +oo B —oo C - D. 0
n!

Huéng din giai
Chon C.

Taco: K=Ilim 1 1

= (1L+ &)(3’/?+§/§+1)...(Q/F+...+1) T
(o] (ko]

X

A. +oo B. —© C. 2n D.0
Huéng din giai

Cau 60. Tim gidi han L = Iing

Chon C.

[(WH)“_Q[(WH)“H}

L= Iing - =2n.
H x(\/1+ X2 +x)
. N _(1+mx)" —(1+nx)"
Cau 61. Tim gigi han V =lim :
0 14 2x — 1+ 3x
2(an—bm
A. +oo B. —o C. (—) D. mn(n—m)
mn
Huéng din giai
Chon D.
1+mx) -1 m_ 2 _
Taco: V =Ilim ( 2) - (1+nx2) ! X _ mn(n=m) 2=mn(n—m).
x—0 X X \/l+ 2X —%/1+3X 2

Cau 62. Tim tit ca c4c gia tri caa tham s thuc m sao cho hamsé f (x)=mx++/9x* —3x+1 ¢ gici
han hiru han khi x — +oo0.
A. m=-3 B. m#-3 C. m>0 D. m<0

Huéng din giai

Pap an A
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Céch 1: Sir dung MTCT tinh toan khi m = -3 ta duoc két qua
lim (=3x ++/9x* —3x+1) = —% . Vay ta chi xét cac dap an A va D.

X—>+00

Lai st dung MTCT tinh toan khi m=-1 ta dugc két qua lim (—x++/9x* —3x +1) = 400,
Vay loai Chen D. Do d6 dap an dang 1a A.
Céach 2: lim f(x) = lim (mx++/9x* —=3x +1).

+Néu m>0thi lim f(x)= lim (mx++/9x* =3x+1) =+
+Néu m<O0thi lim (mx+\/9x2—3x+1jz lim x{m+ /9—§+i].
X—>+00 X—>-+00 X x2

Tathéy néu m=-3thi lim {m+ /9—§+i]¢0 va do d6
X—>+00 X X2

lim (mx ++/9x* —3x +1) =00 . Nguoc lai néu m=-3 thi lim (-3x++/9x* —=3x+1) = —%.

X—>+0 X—>+00

Vay dap an dung 1A A.
Cau 63. Gidi han Xlirﬂo(\/xz —3x+5+ax) =+ néu.
A ax>1. B. a<1l. C. a>1,. D. a<l.
Huéng din giai

Pap an D
Cach 1: Str dung MTCT tinh giéi hankhi a=1va a=0, ta dugc

lim (\/x2—3x+5+x):g; lim X% —3x+5 =+, Tir dé suy ra dap an ding la D

X—>—00 X—>—00

Cach 2: lim (\/x2—3x+5+ax]: lim x{a— /1—§+i].
X—>—0 X—>—0 X X2
Vi lim =-o néndé lim (\/XZ—3X+5+aX):+oo thi a-1<0<a<l.

X—>—00 X—>—00
a b ’ lim (ax—v/x® +bx+2) =3 . adb.
Cau 64. Cho © va = la céc so thuc khac ~ . Biet ™ , thi tong bang
A 2. B. 6. C. 7. D. 5.

Huwéng dan giai

Pap an D

Taco lim (ax—\/x2+bx+2j: lim x{a— /1+E+£].
X—>+00 X—>+00 X X2
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X—>+00

lim (x—\/x2+bx+2j: lim bx -2 :—E.
X—>+00 X400y /XZ L bX+2 2

Vay: —g:3<:>b:—6. Do d6 a+b=-5.

Do d6 néu a=1 thi lim (ax—\/x2+bx+2j:oo. Vay a=1. Khido

Cau 65. Cho a va b 1a cac sb thuc khac 0. Biét lim (ax+b-v'x* —6x+2) =5 sb lon hon trong hai s6
a va b 1as6 nao trong céc s6 dudi day?
A 4. B. 3. C. 2. D. 1.
Huéng din giai

Pap an C

lim (ax+b— x2—6x+Zj: lim x{a— /1—§+£]+b.
X—>+00 X—>+00 X X2

Do d6néu a=1 thi lim (ax+b— X2—6X+2]:oo. Vay a=1. Khi d6 ta c6

X—>+00
] ] ox—-2 3]
lim (x+b— x2—6x+2): lim +b=—+b=b+3.
X—>+00 X—>+oox+ /X2 _BX42

Vay: -b+3=5<b=2. DO d6 s6 16n hon trong hai s6 a va b 1a s6 2.

Cau 66. Biét XILTO(\/sz +2x +327X° +4x% +5) = —% trong d6 % la phan s6 téi gian, m va n la
cac s6 nguyén duong. Tim bdi s6 chung nho nhat caia m va n.
A. 135, B. 136. C. 138. D. 140.
Huéng din giai
Pap an A
Cach 1: Str dung MTCT tinh gi4 tri ham s6 tai X =-10'0 ta dwoc két qua

O] Math &
‘,— 7 R 3‘.‘-“-]\_1'3
I +20 + J2TR +b

-1, 185185185

, . ‘ \ 5
Ap dung ki thuat tim dang phén so ctia sO thap phan vo han tuan hoan ta c6 0,(185) =27
m 5
Viy ==,
Y T2

Ttr d6 chon dap an dung la A.

Céach 2: \/9x2 +2X +§/27x3 +4X% 45 = (\/sz +2X +3x)+(\3/27x3 +4x% 45 —3xj
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B 2X 3 4X2 +5
2 2 '
V9x + 2% ~3x %/(27x3 +4x2 +5) +3x327%3 +4x% +5 + 92

4 5

Suyra lim (\/9x2 Lox+ 3273 + ax2 +5j _2,

X—>—00

6 9+9+9 27

Céau 67.Cho a va b la cac so nguyén duong. Biét lim (VIx2+ ax +327x% +bx? +5) =27 hoi ava

b thoa man hé thirc nao dudi day?
A. a+2b=33. B.a+2b=34. C.a+2b=35.
Huwéng din giai

Dap an B

Lam twong tu nhu cau 49, ta c6: lim (\/9x2 + ax +§/27x3 +bx? +5j =24

X—>—00

D. a+2b=36.

a b 2b-9a

6 27 54

Do d6 2b—9a=14. Suy ra a la s6 chin. Vay a+2b 1a s chin. Tir d6 loai dap an A va C.

Giai h¢

duoc a=2;b=16.

a+2b=34
2h—9%a=14

o a+2b=236 11 )
Giai hé dugc a=— (loai).
2b-9a=14 5

Céau 68. Tim gidi han C = lim [Q/(x+a1)(x+a2)...(x+an) -X]:

A 1o B —o c At t..+a, D &t t.+a,
n 2n
Huwéng dan giai
Chon C.
pat ¥ ={(x-a)(x-a,)..(x-a,)
n n n-1 n-1 n-1 yn—Xn
=Y =X =(Y-X)(Y T HY X+ AXT) DY X —
Y'Y X+ X
= lim (y—x) = lim —— %
X+ i A T VA € D
yn_Xn
n-1
=C= lim ———X% —
x>0 Y4 YT 4L+ X
Xn—l
T A S b, b, b,
Ma XILTO e =XILer(a1+a2+...+an+?2+F+...+Xn_l)
=a+a,+..+4a,.
k \,n-1-k n-1 n-2 n-1
lim 32— —1vk=0,..,n-1= lim LY 2T T%
X—>+00 X X—>-+00 X
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VayC = & +a .+,

n
A T . . .1+ 1 ..
Cau 69. Cho a va b la cac so thuc khac 0.Gigi han Imgﬁbéng
a a 2a 2a
A — B. — C. — D. —
2b 2b b b
Huéng din giai
Chon B.
Cach 1: lim 2= Y&X*L o dovax+l  bx 1,
x—0 sinbx x—0 X sinbx b
Ma lim 2 Y&XHL =8 DX il vax+b _—a,
x—0 Sinbx 2 x>0sin bx x>0 sin bx 2b
Céch 2: Cho ava b céc gié tri cu thé, thay vao rdi tinh gigi han. Chang han voi a=b =1,
sit dung MTCT tatinh duoc lim Lovx+l % Tir d6 chon dép én déng la  B.
x-0  sin X

Cau 70. Cho a,b,c 4 cac sb thuc khéc 0,3b—2c¢ # 0. Tim hé thuc lién hé gita a,b,c dé:

lim tan ax _1

0 1+bx —3+cox 2

a1 g2 1 c.—2 .1 p._2 _1
3b-2¢c 10 3b-2c 6 3db-2c 2 3Bb-2¢c 12

Huéng din giai

Chon D.
tan ax tan ax X
Cach 1: =a. .
J1+bx —31+cx ax  +/1+bx —31+cx
Lai c6 lim 2N _jimSN& 1 4

x>0 ax x>0 ax  cosax

im Vi+bx —1+ox Iim(\/1+ bx -1 31+cx —1) b c_3b-2
x—0 X x—0 X X 2 3 6
. tan ax 6a
Vay lim = .
Y o J1+bx —31+cx 3b-2c
LA e LA A e . ba 1 a 1
Do d6 hé thuc lién hé gitra a,b,cla ==& =—
3b-2c 2 3b-2c 12

Cach 2: Str dung MTCT. Véi mdi dap an, chon cac gia tri cu thé caa a, b, c théa méan hé thuc

roi thay vao dé tinh gigi han. Néu gisi han tim dugc bang %thi do6 1a dap an dung.
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Chang han, voi dép an A, chon a=1b=4;c =1, st dung MTCT tinh dugc
tan x 3

lim =—,
=0 J1+4x —J1+x 5

NATURAL-U.P.AIM.

@ Math A

tan ()

JiraR - H1en
0. 6000006792

Au

Vay A khéng phai la dap an dang.
Tuong tu vay B va C ciing khéng phai la dap an dung.

A S I h A : s . sin(x-1) .
Cau 71. Cho m va n la cac so nguyén duong phan biét. Gidi han Ilm(—) bang:

x—1 x™ _x"
1
m-n

A. m—n B.n—-m C.

Huéng dan giai

Chon C.
Céch 1: Tace S N1 _sin(x-1) _ x-1
x™ —x" Xx—1 XM — x"
X" =x" Fn(y — L
Ma lim “mon: tim 30D ey fimSM-) 1
x>l x—1 x—1 X—1 Xl Xm—Xn m—n

Céch 2: Cho m va n céc gié tri cu thé, thay vao rdi sir dung MTCT tinh gi¢i han. Chang han

Vi m=3;n=1ta tinh dugc Iimwzlzi,
ol X' —X 2 m-n

R AVt Ay P A NI

@
sintix=-111

3
G n
=
Vay dap &an dung 1a C
Cau 72. Tim giéi han A = lim, 30X ) .
-1 sin(zx")
A. 40 B. —oo c D.0

m
Huéng din giai
Chon C.
Sl'nﬂ'(l—X ):“msmﬂ(l—x ).Iim .ﬂ(l—X) 1im 1-x
=rsing(l-x") >t z(l-x") xtsing@-x") »11-x"
-x" L @=x)(X" X"+ n

:Iim1 =lim - > =—.
x>11—x" ol (L-X)(X"T+ X" +...+41) m
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Cau 73. Tim gigi han H =lim Vcosax —Yeosbx :

X0 sin® x
A. +o0 B. —o c.b_2 D.0
2n  2m
Huéng din giai
Chon C.
Vcosax -1 1-</cosbx
. . X2 + X2 b a
Taco: H =lim — _2 4
x—0 sin“ X 2n  2m
X2
Cau 74. Tim gi¢i han M = Iingl_— YOO
X—> X
a
A. 4+ B. —© . — D.0
2n
Huéng din giai
Chon C.
Ta co: 1-Ycosax = 1—coszax -
1+ Ycosax + (Y/cosax)? +...+ (Ycosax)™
. l-cosax,. 1 al a
=M =Ilim —lim > ==, —=—,
0 x*  x0148cosax + (Yeosax)? +...+ (Ycosax)"t 2 n  2n

- BT -11-4
Cau 75. Cho f(x) 1a da thitc thoa man lim—C0 =1 1o Tinh T = lim 2 &) |

x—3 X—3 x—3 XZ—X—G
A.T:i. B.T:i. C.T:l D.T:i.
20 40 -0 4 20
Huéng din giai
Chon C.
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HAM SO LIEN TUC

e™ -1 .
khix = 0
Cau 76. Cho ham s6 f (x)= . X , V6i a=0. Timgiatri cia a dé hamsé f (x) lién tuc
—khix=0
2
tai x, =0.
A a=1. 5._a:£. C.a=-1. D.a:—l
2 2
Huéng din giai
Chon B.
Vax+1-1 .
R . Y ————— khi x#0 Y
Cau 77. Tim a dé cac hamsd f(x) =1 ax? + (2a+1)x lién tuc tai X=0
3 khi x=0
A. l B. l C. —1 D.1
2 4 6
Huwéng din giai:
Chon C.
Tacé : lim f(x) = lim—Y2X*ti=1
x>0 x>0 X (ax +2a+1)
4 2

0 (ax+2a +1)(\/4x +1 +1) 2a+l

Ham s lién tuc tai x=0 < 2 :3<:>a=—1.
2a+1 6
X2  x>1
3
Cau 78. Cho hams6 f (x)= 12X , 0<x<1. Tim khang dinh dtng trong cac khang dinh sau:
+X
xsinx,x<0
A._f(x) liéntyctrén R. B. f(x) lién tuctrén R\{0}.
C. f(x) liéntyc trén R\{1}. D. f(x) liéntyc trén R\{0;1}.

Huwéng din giai
Chon A
TXDb: D=R.

V&i x>1 taco hamsd f (x)=x lién tuc trén khoang (1;+).(1)
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3

Vi 0<x<1tacohamsé f(x)= lién tuc trén khoang (0;1). (2)

1+x

V6i x<0 tacod f(x)=xsinx lién tuc trén khoang (—o0;0). (3)

3
Véi x=1tacod f(1)=1; lim f(x)=Ilimx*=1; lim f (x)=lim 2X =1
x—1" x—1* x—-1" x> 14+ X
Suy ra |XILT11 f(x)=1=f(1).
Vay ham s6 lién tuc tai x =1.
Véi.x=0 ta c6 f(0)=0; limf(x)=lim 2% =0; lim f(x)=lim(x.sinx)
) ’ x—0* x-0" 1+ X ’ x—0~ x—0~
. . sinXx .
= lim x2. lim—== limf (x)=0= f(0).
er(?‘X XLI’E\_ X 0 Suyra x—0 ( ) ( )
Vay ham s6 lién tuc tai x=0. (4)
Tu (1), (2), (3) va (4) suy rahamso lién tuc trén R .
’ 7 ’ ii:ﬁ:liif khi x <0
Cau 79. Tim tat ca cac gia tri cia m dé ham s6 f (x) = X lién tuc tai x = 0.
1-x .
m+— khix>0
1+X
A. m=1. B.m=-2. C. m=-1. D.m=0
Huéng din giai
Chon B.
3—")(_2+2X_1 khi x =1
Cau 80. Tim m dé cac ham s6 f (x) = x—1 lién tuc trén R
3m-2 khi x=1
4
A m=1 B.m:§ C.m=2 D.m=0
Huwéng din giai:
Chon B.

Ix-2+2x-1

Véi x =1 tacd f(x)= nén ham s lién tuc trén khoang R \{1}

Do d6 ham s lién tuc trén R khi va chi khi ham s lién tuc tai x =1
Taco: f()=3m-2

3y — _
lim f (x) = limYX-2+2x-1
x—1 x—1 X—=1
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3
} X+ X=2
=lim| 1+

o (x—l)(xz—x3x—2+m)

2
—lim|1+ X +x+2 )

X =xUx-2+3(x-2)° -

Nén ham sb lién tuc tai x:1<:>3m—2:2<:>m:%

Vay m :g la nhirng gié tri can tim.

V2X—4 +3 khi x> 2

Cau 81. Tim m dé cac hams6 f (x) = X +1 _ lién tuc trén R
> khi x <2
XS =2mx+3m+2
A. m=1 B.m:—% C.m=5 D. m=0

Huwéng din giai:
Chon C.
Véi x> 2 ta co ham sb lién tuc
Dé ham s6 lién tuc trén R thi ham s6 phai lién tuc trén khoang (—oo;2) va lién tuc tai x=2.
o Ham sé lién tuc trén (—o0;2) khi va chi khi tam thirc
g(x)=x*—2mx+3m+2=0, Vx<2

' 2_ _2< _
THl:{A m*-3m-2<0 _ 3 */1_73ms3+*/1_7

9(2)=—m+6+0 2 2

TH 2 A'=m?>-3m-2>0 5
: sdim>
xizm—\/F>2

m>3+\/177<:>3+\/1_7

= 2
m<6

. 3-17
2

<m<6

Nén

<m<6 (*)thi g(x)=0, ¥x<2
o lim ()= Iirg(\/Zx—4+3)=3

. . X+1 3
lim f(x) = lim — =
X2 -2 X°=2mx+3m+2 6-m

Ham s lién tuc tai x:2<:>6i:3<:> m=>5 (thoa (*))
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x —x +2
x4
Cau 82. Cho ham s f (x)z x2++3b neu x <2 liéntuctai x =2. Tinh | =a+b?
2a+b—-6 neu x =2

neiu x >2

T S 119 b 1o 178
30 16 32 16
Huwéng dan giai
Chon C.

(x-3)°

Cau 83. Chonhams6 f (x)= khix#3 Tim tat ca cac gia tri caa tham sb thuc m dé ham

X—3
m khix =3
s6 lién tuc tai x=3.
A med. B. meR. C. m=1. D. m=-1.

Huéng din giai
Chon A.
Ham sé d4 cho xéc dinh trén R .
. (=37 Ix=3 . —(x-3) .
Taco lim f (x)=lim (x-3) :Ilmu:hmgzhm(—l):—l.
X3 -3 X—3 >3 X—3 x> Xx-3 X3
Tuong tytaco lim f (x)=1.(c6 thé dung MTCT d¢ tinh gi¢i han ctia ham sé)

Vay lim f(x) = lim f (x) nén lim f(x) khong ton tai. Vay véi moi m , ham s6 da cho

x—3~ x—3"
khong lién tuc tai x=3.
Do do6 déap an dung 1a A.
Ta c6 thé tam khao thém db thi cia ham sé khi x # 3 dé hiéu rd hon.

by

] T

[0 3 o

-1 I

2
. _y X —@-2X=2 ypiyer o .
Cau 84. Cho hamso f(x)= VX+3-2 . CO0 tat ca bao nhiéu gia tri cua a dé ham
8+a’ khix=1

sb lién tuc tai x =17
File Word lién h¢: 0978064165 - Email: dangvietdong.bacgiang.vn@agmail.com Trang 49

Facebook: https://www.facebook.com/dongpay



ST&BS: Th.S bang Viét Dong Truwong THPT Nho Quan A Gigi Hgn Néng Cao

A 1. B. 0. C. 3. D. 2.
Huwéng dan giai.
Chon D

Taco

2
im X (a—-2)x-2

. (x=-1)(ax+a+2 .
IXL1 32 :leirll( \/)X(T3—2 ):leirll[(ax+a+2)(\/x_+3+2)}:8(a+1).

Ham s lién tuc tai x=1<lim f (x)= f (1) < 8(a+1)=8+a’ @[azo.

x—1 a=8
12 (x=9)
Cau 85. Cho hamsé f (X)=1< ax—2b—12 (x<9) Biét rang a, b Ia gia trj thuc dé ham sé lién tuc
Z_ = % (x<
Yx-1-2
tai x, =9. Tinh giatricua P =a+h.
A. P:% B.P=5 C. P=17 Q__p:_%

Huéng din giai

Chon D.
Cau 86. Cho phuong trinh x*+ax’+bx+c=0 (1) trong d6 a,b,c la cac tham s thuc. Chon khang
dinh dung trong cac khang dinh sau

A. Phuong trinh (1) vd nghiém véi mei a,b,c.

B. Phuong trinh (1) c6 it nhat mot nghiém vaéi moi a,b,c.

C. Phuong trinh (1) ¢ it nhat hai nghi¢m véi moi a,b,c.
(9)

D. Phuong trinh (1) ¢ it nhat ba nghiém véi moi a,b,c.

Huéng din giai
Chon B.
Dé thdy a=b=c=0 thi phuong trinh (1) tro thanh x°=0<> x=0. Vay A, C, D sai. Do
doé B dung.
Gidi thich thém: Xét bai toan “Chung minh ring phuong trinh X’ +ax’+bx+c=0 (1)
lubn cé it nhat mot nghiém vai moi a,b,c”. Ta c6 1oi giai cy thé nhu sau:
pat f(x)=x’+ax’+bx+c. Taco:

+ Iim(x3+ax2+bx+c)=—oo v6i moi a,b,c nén ton tai mot gid tri X=X sao cho

X—>—0

f(x)<0.
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+ Iim(x3+ax2+bx+c)=+oo v6i moi a,b,c nén tén tai mot gid tri X=X, sao cho

f(x)>0.
vay f(x).f(%)<0 ma f(x) liéntuctrén R nénsuyra f(x)=0 co it nhat mot nghiem

trén khoang (X;;X,) . Tir 6 suy ra DPCM.

CAu 87. Phuong trinh x° —%x“ ~5%> +x* +4x-1=0 c6 bao nhiéu nghi¢m.
A2 B.3 C.4 D.5
Huwéng din giai.
Chon D

Cau 88. Tim tat ca cAc gia tri cia tham sé thuc m sao cho phwong trinh sau ¢6 nghiém
(2m? —5m+2)(x—1)""" (x**** ~2) + 2x+3=0.
A. meR\{%;Z}. B. me(—oo;%ju(Zﬁoo).C. me{%;z}. D.meR.
Huéng din giai
Chon D.

+ Néu 2m* —5m+2 =0 thi phuong trinh da cho tro thanh 2x+3=0 < x:—g.

+ Néu 2m* —=5m+2 # 0, phuong trinh d4 cho 1a mot da thuc bac I¢ (bac 4035) nén theo két
qua d4 biét, phuong trinh c6 it nhat mot nghiém.

Vay véi moi me R, phuong trinh da cho ludn c6 it nhat mot nghiém.
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