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PHAN 1. GIAI TICH ‘
A. NGUYEN HAM.

Vén dé 1. Cac ciu héi Iy thuyét.

Cau 1. Gia st ham s F (:v) 1a mot nguyén ham cta ham sé f (x) trén K . Khing dinh nao sau day ding?

A. Chi c6 duy nhit mot hang s6 C sao cho ham s6 y = F(z) 4+ C' 1a mot nguyén ham ctia ham f trén
K.

B. Vi mdi nguyén ham G cta f trén K thi ton tai mot hang s6 C' sao cho G(z) = F(z) + C véi x
thuoc K . ) )

C. Chi c6 duy nhat ham s6 y = F(z) 13 nguyén ham cua f trén K.

D. Véi mdi nguyén ham G cia f trén K thi G(z) = F(z) + C véimei o thuoe K va C batky.
CAu 2. Cho ham s6 F(z) 1a mt nguyén ham cua ham sé f(z) trén K . Ménh dé nao sai?

A. [ f(a)dw =F(z)+C. B. ( [ f(x)dx)/ — f(2).
C. ( [ f(x)dx)/ — f(x). o, ( [ f(m)dx)/ — F(2).

Cau 3. Cho hai ham s6 f(z), g(z) 1a ham s6 lién tuc, c6 F(z),G(x) 1an lugt 1a nguyén ham cua f(z), g(z).
Xét cac ménh dé sau:
(D). F(z)+ G(z) 1a mot nguyén ham cua f(z) + g(x).
(). k.F(z) 1a mot nguyén ham cua kf(z) voi k € R.
(D). F(z).G(x) 1a mdt nguyén ham cua f(z).g(z).
Céac ménh diang la .
A. (D). W B. (I) va (II). C. Cé 3 ménh dé. D. (II).
Cau 4. Trong cac khang dinh sau, khang dinh nao sai?
A. f (f(x) + g(:v))dx = f f(z)dx + f g(x)dz .
B. Néu F(z) va G(z) déula nguyén ham ctia ham s6 f(z) thi F(z) — G(z) = C 1a hang sb.
C. F(zx)= \/; 1a mot nguyén ham cua f(z) = 2\/;.
D. F(z) = 2* 1a mdt nguyén ham cta f(z) = 2z.
Cau 5.Trong cac khing dinh sau khang dinh nao diing?

2 2
dx].

A.me—l—i—i dz:[f[2x—1+l

a

1Y 1
B.f?x—1+— dxzzf 2% —1+~|dz.

T T

2

C.f2x—1—|—l dx:f[2x_1+l

1
dr. | |22 — 14+ —(dx .

D.f 2:15—1—1—12dx:4fac2drc+fdm—l—f%dx—élfmdw—fgd:ﬂ—kllfdm.
X X

X

Vén dé 2. Nguyén ham ciia ham sé da thirc.
Cau 6. Néu f f(2)dz = 42" + 2% + C thihamsé f(z) bing
4 2
A.f(ac):x +—+Cx. B.f(x)lex +2z+C.

C.f(x):12w2+2x. D.f(x):rf—f—%.



Cau 7. Nguyén ham ciia ham sé f(z) = 2* + 2° la
1 1.
A.Z:L”—i-gxd—f—C B. 32> + 2z +C C.z2°+2°+C D.z' +2°+C

Cau 8. Nguyén ham cta ham s6 f(z) = éxd — 21 + 2 —2019 la

Lo 25, 1 2.5 7

A —z +I 40, B.—z' — 22"+ 2019z + C.
12 3 2 9 3 2
2 2
Lo 2p 40T o0i0e40 p. 1o 1257 oi0p4C.
12 3 2 9 3 2
Cau 9. Tim nguyén F(m) ctia ham s6 f(x)z(:v—i—l) (x—|—2) (z—i—?))?
4
A.F(x) %—650 +121x —6z+C. B. F(x):x4+6x3+11x2+6x+6’.
zt 11 3 2 2
C.F(x):Z—I—Zx +— 5 2 +6zx+C. D.F(z):z +6z° +11z° +62+C'.

Cau 10. Ho c4c nguyén ham ctia ham s6 f (:p) = (2:c + 3)5 la

A.F(a:):<2x+3)6+0. B.F(a:):<2x2:3) +C.
C. F(z)=10(2c +3) +C. D. F(z)=5(20+3) +C.

Cau 11. Tim nguyén ham f x (:1:2 + 7)15 dx ?
A. 1(:1: +7) +C B —i(xz +7)16 +C C. i(zﬁ +7)16 +C  D. i(xz +7)16 +C
2 32 16 32
Cau 12. Ho nguyén ham cia ham sb f (:c) =2 (m2 + 1)2019 la

(l‘? + 1)2021 (x2 + 1)2020

K l | (:E2 N 1)2021 i <$2 N 1)2020
2 2021 2020 2021 2020
. (x2 +1)2o21 ) (xz —I—1)2020 e . 1 (IEQ n 1)2021 ) (xQ +1)2020
2021 2020 2 2021 2020

Cau 13. Biét rang ham s6 F(x) = ma” —|—(3m+n)x2 —4z +3 1a mot nguyén ham cua ham sb
f(z)= 32" + 10z — 4. Tinh mn.
A.mn=1. B. mn =2. C. mn =0. D. mn = 3.

Van dé 3. Nguyén ham ciia ham so hiru ti.

Cau 14. Tim nguyén ham cta ham s6 f(x)z - L 5
T —
A. f5$ 2:%1n‘5x—2‘+0 B. f5$ 5 1n‘5x—2‘—|—0
C.f5xdf2:—%1n‘5x—2‘+0 D.f5xdf2:51n\5x—2\+c




Cau 15. Tim nguyén ham coia ham sb f (:E) =

1 . 1
trén [ —o0;—|.
1-2z 2

A.lln‘Q:r—l‘—f—C. B.lln(1—2x)+c. C.—llnpx—l\+c. D.ln‘Qx—l‘—l—C’.
2 2 2

Cau 16. Timnguyénhélmcﬁahélmséf(x):x2+%.
x
3 1 3 2
A ff(x)dm=%+;+0. B ff(x)dm:%—;—l—C'
L | )
C ff(x)dx—%—;—i—C D.ff(w)dx:%+;+c
Cau 17. Tim nguyén ham cta ham so f( ) x4—2k2
x
| )
A ff z :x——;+0 B.ff(x)dx:%Jr;JrC
| P2
C ff z :%+x+0 D.ff(x)dx:%—;—kC
Cau 18. Ho tat ca cdc nguyén ham ciia ham s f (:1;): (Bx—} trén khoang (2;—1—00) la
T—2
A.31n(:1:—2)—|— 2 +C B.31n(:1:—2>— 2 +C
T —2 T —2
C.3In(z—2)- LI D. 3In(z —2) + o
T—2 T —
Cau 19. Cho biét —3dx—aln‘x+1‘+bln‘z—2‘+0.
x—l—l)(fv 2)
Ménh dé nao sau day dung?
A.a+2b=8. B.a+b=38. C.2a—0b=8. D.a—-b=38.

Cau 20. (Pé tham khao danh gia ning lwc 2021-PH Quéc Gia Ha Noi) Ho nguyén ham cua ham sb

fle)=

trén khoang (2;+ oo) la

z? — 2z
( )—i—lnx B. 1nx—1;1(x—2)+0'
C. ln<$_ ) lnx+c. D.In(z—2)—Inz+C.
Cau 21. Cho biét f—dx—aln‘(x—l x+1‘+bln‘ ‘—l—C Tinh gi4 tri biéu thirc: P = 2a +b.
0 —x
A. 0. B. -1. C. l D. 1
2
CAu 22. Déibién t = 2 —1 thi f dz tré thanh
(z —1)"
A. fgdt B.f%dt. C. fﬂdt D.ft;r—ldt.



. . 1
Cau 23. Tim tat ca cac ho nguyén ham cua ham so f (:1:) =

7’ 4 3x°
1 1 z! 1 1
A | fle)dx=———+—1In +C B. | flz)dx =— n +C
f <> 3x* 36 |z'+3 f <) 12x* 36 |2 +3
11 z' 1 '
C. T)dx = — ——1In +C D. = +—1In +C
ff() 3x' 36 |z'+3 ff 12*1 36 |z'+3
2017 b
. ($—1) 1jz—-1 3
Cau 24. Biétf ——dr =—.|——| +C,z=—1v6ia,beN.Ménh denao sau day dung?
(s +1) a'\z+1
A.a=2b. B. b =2a. C. a=2018b. D. b = 2018a ..
CﬁuZS.ChoI:fﬁdx == —bInfa|+2cIn(1+2°)+C . Khidé § =a+b+c bing
(142 z
AL B. 2. c.’ D. 2.
4 4 4

Vén dé 4. Nguyén ham ciia ham s6 chira ciin.
Cau 26. Tim nguyén ham cia ham sb f (x) =~2z—1.

A.ff(a:)dx:§<2x—1)\/2x—1+0. B. ff x 2x—1)\/2x— +C.

C.ff(:v)dx:—%VQ:v—l—l—C. D.ff x dsz\/Q:L“—l—i-C.
Cau 27. Nguyén ham ctia ham s6 f (z) = {3z +1 la
A.ff(x)dx:(3274—1)\3/333—1—1%—0. B.ff (z)dz =332 +1+C.
C.ff(:r)dxz%%/?)x—l—l—i-C’. D. ff T 3m+1)\/3x—|— +C.
Cau 28. Nguyén ham ciia ham sb f(x): 2\/21__1 c6 dang
A.ff(:v)dx:l\IQx—i—l—i-C. B. ff(z)dz—\/va—i- +C.
C. f v)dz =222+ 1+ C. D.ff(:r)dx: 1 +C.

(22 +1)v2z +1
d . .
v = a\/; —b\Jx 4+ 2+ C véi a, b 1a cac s6 nguyén duong va C la

T+ 2+ (z + 2) \/;
hang s6 thuc. Gia tri ciia biéu thic P = a + b 1a:

Cau 29. Biét f

A. P=2 B. P=38 C. P=46 D. P=22
A 6 (o) ot dao b et men ko D)
Cau 30. Cho ham so f(x) c6 dao ham lién tyc trén khoang (0;+oo). Khi do f dx bang
T
1
A.Ef \/; +C B. f(\/;)—f-c C. —2f(\/;)+0 D. 2f(\/5)+0



Anf2@2—gdu. anéj—gdu. fo@z—ﬂdu. szm@ﬁ—4ﬁu.
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APP:2@9+Q%f+1+C B“P:§@?+Q¢f+1+0

Cau 31. Khi tinh nguyén ham f dz , bang cach dat u =+z +1 ta dugc nguyén ham nao?

8
CpPzg%f+l+C D“Pzz@?+g%f+l+0
n ~ | 1 \
Cau 33. Nguyén ham R = dr 1a
f A + 1 !
AR—tpNrHlEl - B.R—impPMrtl-l. o
2 |Jz4+1-1 2 Wz+1+1
C.R—m[M2rl+l o D. RN o
Jr+1-1 r 141
C&ﬂiN@ﬁmmnS:ff:f+&hm
Qﬁ+ﬁ¢ﬁ+9 ( (
A. S = - —ﬂﬁ+@ 22 +94+C
(:1:2 —|—9>4 V' +9 ‘ ‘
B. S = - —qﬁ+$ 2 +94+C
2* +9)2* +9
CSz( L —ﬂﬁ+ﬁdﬁ+9+c
22 +9 ’ \/552 +9
D”S:< )5 — 3P +9+C
Céu 35. Nguyén ham [ = [ ! —dz 1a
1)
o _ 2
AS@fﬁY+C B._—* (¢ C. a +C D—LJL+O
1— 27 (1—:52)3 T
3
Ciu 36. Cho I = f f dx . Bang phép dbi bién u = y2” + 1, khang dinh nao sau déy sai?
z +1
3
Aoz =u? -1 B. zdx = udu C.]:f(qﬁ—l).udu D.I:%—u—i—C
Cau 37. Nguyén ham 7 — [ dr___ 13
229 — 22
2 2
AT=-Y=% ¢ B.1=Y"% .o

9z 9z



_ 2
c.r=Y9-v .

912
3
< dr 1a

Cau 38. Nguyén ham [ = f
142

A. Iz—%(af —2)\/1+x2 +C
C. I:—%(a? —|—2)\/1+:132 +C

D.[=-

9—2°

+C

B. I:%(xQ —2)\/1—1—3:2 +C
D. I:%(:ﬁ —1—2)\/1—1—332 +C

Vén dé 5. Nguyén ham ciia ham sb lwong giac.

Cau 39. Tim nguyén ham cta ham sb f (x) =2sinz.

A. f2sinxdx: —2cosz + C
C. f2$inxd:r:sin2x+0

B. f2sin1:da::2cosx+(]
D. f2sin:vdz: sin2z + C

Cau 40. Ho nguyén ham cua ham sb y = cos [3x + E] la
6

+C

A.ff(m)d:v:%sin Sm—l—%

33L‘+Z +C
6

1

C. x)dzr = —sin
Je)de =5

Cau 41. Phét biéu nao sau day ding?

A. fsiand:B: +C,CeR

Cos 2%

C.fsiandx:20082x+C’,C eR

B.ff(:z;)dx:fésin 3$+%+C’
D.ff(x)dz’:sin 3w+% +C

B. fsin2a:dx =cos2x +C,C € R

—Cos 2
D. fsiand:B:ﬂ+C,C€]R
2

Cau 42. Biét f f (g;) dz = 3z cos (2;1; - 5) + ¢ . Tim khang dinh dang trong cic khang dinh sau.

A.ff(3x)dm:3xcos<6x—5)+0
C.ff(Sm)dx:9xcos<2m—5)+C

B.ff(3a:)dm:9:zcos<6:1:—5)—|—0
D.ff(3:z:)d:z::3a:cos(2:1:—5)+0

. . 2 a p a .
Cau 43. Biét f(SlIl 21 — cos 2511) dr =x —i—; cos4z +C' | véi a, b 1a cac s6 nguyén duong, 7 12 phan so

t6i gian va C' € R. Gi4 tri cia a + b bang
A.5. B. 4.

C.2. D. 3.

Ciu 44. Nguyén ham F (x) ctia ham s6 f (:E) = cos 3z cosx, biétdd thi y = F (:E) di qua gbc toa do 1a

A F(a;) _ sir:lx n Sir122x
c. F(az) _ c0584x conx

CAu 45. Biét f (cos2 z — sin’ x)) sindzdr = —

tri cua biéu thie 7 = m + n + p la

A T=9 B. T =14

cos™ nx

B F(a;) _ sir;élx n Sir122x
D. F(a;) _ sir;Sx sir:lx

+ C, véi m,n,p € Z va C la hang sb thyc. Gia

C.T=16 D. T =18



2sinz
Cau 46. Nouyénham M = | —————dz 1a
" g f1—|—3cosx
1 2
A,M:§ln(1+3cosx)+0 B,M:§ln‘1+3(:osx‘+0
2 1
C,Mz—gln‘l—i—?)cosx‘-l—C D,Mz—gln‘l—i—?)cosx‘-l—C
CAu 47. Nguyén ham ctia ham sé f(z) = 3sin’ zcosx 1a
A.sin® z + C . B. —sin®z + C. C.cos’z + C . D. —cos’z + C .
Cau 48. Tim nguyén ham cia ham sb f(:L“):ﬂ
1+3cosx
A. ff(x)dm:lln‘lJchosx‘—FC_ B.ff(m)da::ln|1+3cosx|+0.
3
1
C-ff(m)dx:3ln‘l+3cosx‘+0. D. ff(:z:)dm:—gln‘1+3cosm‘+0.
Cu 49. Tim cac ham sb f(z) bibt f (z) = ——2
(2 +sinz)’
sin x 1
A flz)=—22 L0, B. fa)=——+C.
ftz) (2 + sinz)’ @ (24 cosx)
1 sinz
C. fo)=——+C. D. f(z)=————+C.
J@) 2-+sinz /@) 2+sinz

Cau 50. Tim ho nguyén ham ciia ham s f (x) = tan’ z.

A. ff a:)dx:itarfx—%taan—l—ln‘cosx‘—kC,

T dyc:itan4 a:-l—%tarf x—i—ln‘cosa:‘ +C.

daxzitan4 az:—%tan2 x—ln‘cosx‘ +C.

sin 2x

Cau 51. Cho nguyén ham [ = f dz . Néu u = cos 2z dit thi ménh dé nao sau day ding?

cos' z +sin'
A.I:f 2_1 du B.I:f 21 du C.Izlf 21 du D.I:f 22 du
u +1 2u° +1 29wt +1 u +1

Cau 52. Cho f cos 21 dr — (sin T+ coszx + 1)"1

(sinx + coszx + 2)3 (sinx 4+ cosx + 2)n

+C, V6l m,n € N va C la hang so

thuc. Gid tri cta biéu thic A=m+n 1a

A.A=5 B.A=2 C.A=3 D. A=4



Van dé 6. Nguyén ham ctia ham s6 mii, logarit.

Cau 53. Tim nguyén ham cta ham s6 f (x) =T7".

7f1/'
A. | 7dz = +C B. [ 7"dz=7"+C
f In7 J7da *
7l‘+1
c.f? dm:x_'_l—}-C' D. [7dz=7"Im7+0

Chu 54. Ho nguyén ham ctia ham sé f(z) = €*1a ham sé nao sau day?
L L,
A. 3¢ +C . B.ge&‘—i—C. C.ge +C. D. 3¢% + C .
Cau 55. Nguyén ham ctia ham s6 y = e a

1, 1.
A. 2e 7 4+ C . B. 2t + C. C.Eehl—f—C. D.Ee +C.

Cau 56. Tinh F(z) = f e*dz , trong d6 e lahiang s6 va e ~ 2,718 .

2,2 3
ex &

A. F(z)= +C. B.F(:E):?—l—C’. C. F(z)=¢c’z+C. D. F(z) =2ex + C'.

A \ A 2 \ A \ 5 \ A \ 4 \ A
Cau 57. Ham s6 F (x) =¢€" languyén ham cta ham s6 nao trong cadc ham so6 sau

A. f(z) = 2ze" . B. f(z) = 2% —1. C. f(x) = €. D. f(z) =

Cau 58. Nguyén ham ctia ham s6 f (:c) =2 (2’” + 5) la

A z4+5|=—|+C. B.2+52 n2+C.
In2
2.7? 2T xT
. — z+5z|+C. D.1+5 +C.
In2 In2 In2
Cau 59.Cho F(x) 1a mot nguyén ham ciia f(z) = — théa man F(0) = 10. Ham s6 F(z) la
2¢" + 3
A.l(x—ln(26’+3))+10+h1—5 B.l<x+10—ln(2e'”+3))
3 3 3
C Lo —ml2e + 3|45 - mo 1).1(:1:—111(26-”+3))+10+M
3 2 3

Cau 60. Ham s6 f () co dao ham lién tye trén R va: f/(z)=2¢" +1, ¥, f(0) =2. Ham f(2) la

A. y=2e" +2zx. B. y=2" +2. C.y=e" +1+2. D.y=¢" +z+1.
Cau 61. Nguyén ham cua ham sb f(x)zln—x la
x
2
— 1
Az o B 120 ¢ C.%Jro D.In>z+C

Cau 62. Nguyén ham T = f dz 1a

1
zlnz +1

A.T:;—FC B.T=2Jlnz+1+4+C

2¢Inz +1



C.T:%(lnx+1)\/1nx+1+0 D.T=+lnz+1+C

Cau 63. Tim ho nguyén ham ciia ham s6 f (:c) = g2e" L.

A. ff ey, B.ff(x)dxz?,e”“w.
C.ff(z:)da: :e”’g“—I—C. D.ff(a:)dx:éezx“%—C’.

Céu 64. Nguyén ham cia f(z) = sin2z.c™* 1a

Ly esin2 z+1 L esin2 z—1
A. sin® z.e™ 2714‘0- B-T-FC. C.e'"m"+C. D.2—+C
sin“z 41 sin“x —1

Cau 65. Nguyén ham ctia ham s6 f(z) = In |z + /2’ +1) 1a

A.F(Z‘)thl(x—l—\/x?+1)+\/I2+1+C. B.F(x):xln

x+\/x2—|—1)—\/x2+1+0.

C.F(m):xln

T+ $2+1)+C. D.F(m)z:fln

T+ x2+1)+0.

2
CAu 66. Xét nguyén ham V = f In @ dz . Dit u =1+ +/1+ Inz, khing dinh nao sau day

x(1+\/1nx+1)

sai?
dr (u —Qu)
A. — =(2u —2|du B.V = 2u—2 du
—=(2u-2) J— )
5 4
cv=2uw_2u0 48y 42 4c D. V—U—+U——Eu +4u* +C
5 2 3 5 2 3

Ciu 67. Cho ham séf( ) = 22%" " 4 2z¢* , ta c()ff(a;) dz = me” ™ + nze* — pe’ + C . Giatri clia
biéu thitc m + n + p bang

AL B. 2 c.: D. .
3 6 6
Cau 68. Biétff(?x)drc:sin2x+lnx.Timnguyénha‘1m ff(:z)dm
A. v)de =sin® L +Inz +C. B. z)de = 2sin® < +2Inz + C.

J 1) 5 J#(a) ;
C.ff(x)dz:2sin2x—|—2lnx—ln2+0. D.ff(x)dx:25in225c—|—21n:)3—ln2+0.
Vén dé 7. Nguyén ham tong hop.

Cau 69. Ho nguyén ham cua ham sb f(x) =e" 4z la
. . o1 ,
Ace" +1+C B.e" +2° +C C.e +-12+C D. L e"+1x2+0
2 z+1 2
Céu 70. Tinh [ (z —sin 22}z
z z ,  COS2x z*  cos2z
A.?—l—sinx—l—C. B.;%—cosQw—i—C. C.z" + +C. D.?+ +C.
1

Cau 71. Tim ho nguyén ham ciia ham s6 y = 2> — 3" + —.
x

10



3

3 T :
A3 Yo cer. B.L _31+lic cer.
3 In3 2 3 z
3 T 3 T
]+ cer. D.L 2 _mff+c ceRr.
3 In3 3 In3
Cau 72. Ho nguyén ham ctia him s6 f(z) = 32” + sinz 1a
A. 2 +cosz + C. B. 6z +cosz +C'. C.z* —cosz+C. D. 6z —cosz + C'.
Cau 73. Cong thirc nao sau day 1a sai?
1 1
A. | Inzde=—+C. B. dz =tanz +C.
f x fcos2x
C.fsinxdaz:—cosx—l—C. D.fe"dx:e‘”—l—C.
Cau 74. Trong cac khing dinh sau, khang dinh nao sai?
1 e+1
A. fcostdm:—sin2x+C. B. fxedx: L +C'.
2 e+1
1 ear+1
C. | —dz=In|z|+C. D. | e'dz = +C.
f:x ‘ ‘ f r+1

. 1
Cau 75. Ho nguyén ham cta ham so f (:17) =—+sinz la
x

1
A.lnz —cosz+C. B.——z—cosx+0. C. ln‘x‘+cos:c—|—0. D. ln‘x‘—cosm—f—C.

X
Céu 76. Tim nguyén ham ciia ham s6 f (z) = ¢’ [2017 _ 2018 ]
xt)
201 201
A. ff(a;)dx —2017¢" — 2 Sy B. ff(a;)dx —2017¢" + 248 +C.
., 904,5 . 504,5
C.ff(a:)dx:2017e +x—4+c. D.ff(az)dszOl?e —x—4+0.
Cau 77. Ho nguyén ham cia ham s6 y = " |2 + I Y
COS2 X
A. 2¢" +tanz + C B. 2¢" —tanz + C C. 2¢" — +C D. 2¢" + +C
COS T COS T

Cau 78. Him s6 F (x) =2’ In (sin T — COS :c) 1a nguyén ham cua ham s6 nao duéi day?

2
T

A. f(rn):

sinx — cosz

x’ (COS T + sin x)

B. f(z)=2zIn(sina —cosw) + sinz — cos T

z’ (sin T + cos ZIJ)

¢ f(x>: sinx —cosz

2
T

D. f(x) =2zln (sinx — Cos x) +

sinx — cos T

Cau 79. Cho ham s f (a:) — ok 1n_2 Ham s nao duéi day khéng la nguyén ham cia ham sb f (x) ?
x

A F(a)=2" +C B.F(x):2(2‘/;—1)+0

C.F(x):2(2*/;+1)+0 D. Fz)=2"" 4 C

11



Cau 80. Tim ho nguyén ham ciia ham s6 f (x) = 2% !

A. f[—t5+2t3—%]dt:it4—t2 —ln‘t‘—!—(].
B. ff(x)d:z::3e’”3+l+0.
C.ff(a:)dx:%ezm%—C.

D.ff(rc)dngemg“%—C.

CAu 81. Biét f z cos22dz = azsin 2z + bcos 2z + C v6i a, b 13 cac sb hitu ti. Tinh tich ab?

A. ab:l. B. ab:l. C. ab:—l. D. ab:—l.
8 4 8 4
Cau 82. Ho nguyén ham cta ham s6 f(x):4x<1+lnx) la
A. 22" Inz + 32°. B. 22’ Inz + 2°.
C. 22°Inz+32> +C. D. 2z Inz +2° +C.
CAu 83. Ho nguyén ham cta ham s6 f(z) = z.¢* 1a
1
A Fl@)=<e |lz—tl40 B. F(z)==¢" (z-2)+C
2 2 2
C. F(z)=2¢" (z-2)+C D. F(z) = 2¢* [m—%]+c
CAu 84. Ho nguyén ham cta ham s6 f(z) = 2z(1 +¢")1a
A. (2x—1)e"+$2. B. (2x+1)e"+x2. C. (2x+2)e”—|—$2. D. (2x—2)e”+$2.
Cau 85. Ho nguyén ham cta f(x):xln:): 1a két qua nao sau day?
1, 1, 1, 1,
A.F(:x):—x Inz+—-2°+C. B.F(m):—m Inz+-—2"+C.
2 2 2 4
1 1 1 1
C.F(:ﬂ):—lenx——xQ—i—C. D.F(x>:—$21nx+—x+0.
2 4 2 4
Cau 86. Tét ca cac nguyén ham cta ham s6 f (x) =2 trén khoang (0; 77) la
sin“z
A. —xcotx+1n(sinx>+6’. B. xcotx—ln‘sinx‘—i—C.
C. zcotz—kln‘sinx‘—i—C’. D. —xcot:z—ln(sin:c)+0.
Cau 87. Ho nguyén ham ctia ham s6 f(z) = 2* + 2" Ia
A.lx5+(x+1)e”+6’. B.lx5+(x—1)e”+0.
5 5
]- 5 T 3 T
C.gx + 2" +C. D. 42° +(z+1)e* +C.

(2352 —i—x)lnx—i—l

Cau 88. Ho nguyén ham ctia ham s6 y = la
x
z z
A.(x2+x+1)1nx—?+x+c. B.(x2+x—1)lnx+?—x+0.
z z
C.(fc2+x+1)lnx—?—x+0. D.(fc2+x—1)lnx—?+x+0.

12



T — a) cos 3x i
+ —sin3z +2019 12 mdt nguyén ham cua ham so

c
f(:s) = (:E —Q)Sin?)rc, (voia,b,ceZ). Giatricua ab + ¢ bﬁng

A. 14. B. 15. C. 10. D. 18.
Cau 90. Cho ham séf(x) = 22%" *? + 22¢%  ta c()ff(:c) dz = me” ™ + nze® — pe* + C . Gié tri cia
biéu thirc m + n + p bang

AL B. 2 c. p.

3 6 6

Cau 91. Cho ham s6 F(x) la mot nguyén ham cua f(z) = 2019 <x2 - 4) (:c2 — 3z + 2). Khi d6 sb diém

Cau 89. Biét F(x)z—(

cuc tri cia ham s6 F(7) 1a

A. 5. B. 4. C. 3. D. 2.
Cau 92. Cho F(:v) 12 mot nguyén ham coa ham sb f(x) =" <x5 — 495). Ham s6 F (:v2 + :v) c6 bao
nhiéu diém cuyc tri?

A. 6. B. 5. C.3. D. 4.

Van dé 8. Cac bai toan nguyén ham c6 dieu kién.

Cau 93. Néu F'(z) = va F(1)=1 thi gid trj ciia F(4) bing

2z —1
A.In7. B.1+%ln7. C. In 3. D.1+1In7.

Cau 94. Cho ham sb f(r) xac dinh trén R \ 1%} théa man f’ (x) = 5 2 o f (O) = 1,f<1) = 2. Gia tri
x p—

ctia biéu thirc f(—1) + f(3) bang

A.2+1In15 B.3+1In15 C.In15 D. 4+1nl5
Cau 95. Cho ham s f(x) xac dinh trén R\{l} thda man f'(z:)z L % f(O) = 2017, f(?): 2018.
v
Tinh § = f(3)— f(-1).
A. S =1n4035. B.S=4. C.S=1In2. D.S=1.
Cau 96. Cho him s§ f (x) thoamin f'(z) = az’ +%,f/(1): 3. 7(1)=2, f[%] - —%.Khidé 2 +b
bang
3 3

A, ——. B. 0. . 0. D. —.

C
Cau 97. ?Bié't F (z) 1a mot nguyén ham cita ham s6 f () = ¢** va F(0) = 0. Gid tri fﬁa F(In 3) bing
A.2. B.6. C.8. D. 4.
Cau 98. Cho ham s6 f (x)thoa man f'(z) = ze*va f(0) = 2.Tinh f(1).
A f(1)=3. B. f(1)=e. C. f(1)=5-e. D. f(1)=8-2e.
Cau 99. Goi F(z) la mdt nguyén ham ciia ham s6 f (z) = ae *. Tinh F(z) biét F/(0)=1.
A F(z)=—(z+1)e” +2. B. F(z)=(z+1)e” +1.
C.Flz)=(z+1)e" +2. D. F(z)=—(z+1)e” +1.

8
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Cau 100. Goi F () 1a mot nguyén ham ctia ham s6 f (2) = 2, thoa man F(0) = L Tinh gid tri bidu

In2
thic T = F(o) + F(1) L4 F (2018) T F(2019).
2019
A T=1000.2 1 B. 7 — guioam0
In2
2019 2020
In2 In2

Cau 101. Biét F (x) la mdt nguyén ham ctia ham f(:v) =cos3z va F

\/g +2 7 \/g —2

—| = B. F — | = —_ —_

9 6 9 6 9 6 9 6
Céu 102. Cho ham s6 f(x) théaman f'(x)=—cosx va f(0) = 2020 . Ménh d& nao dudi day ding?

K zz.TinhF
2 3

W]:\/§+6

i)

B w]:@—G

A. F C. F

A. f(z) = —sinz + 2020 B. f(z) = cosz + 2020
C. f(z) = sinz + 2020. D. f(z) = 2020 — cosz
Cau 103.Tim nguyén ham F (x) clia ham sd f (x) = sin z + cosz thod man F E] =2.
2
A.F(m)z—cosm+sinx+3 B.F(:B):—cosx—i—sinx—l
C.F(x):—cosx+sinx+1 D.F(az):cosx—sinx+3
Cau 104. Cho F(x) la mot nguyén ham cua ham sb f(:B) = Biét F|Z 4 kn| =k véimoi k € Z.
Ccos™ x 4
Tinh F (0)+ F (x)+ F (27) + ... + F (107).
A. 55. B. 44. C. 45. D. 0.

Cau 105. Biét F () 1a mot nguyén ham ctia ham sb f(z) = sin’ z.cosz va F/(0) = . Tinh F

T
2
1

:—+7T,
4

:—l—f—ﬂ'. DnF[—
4

A.F[i]:—ﬂ'. B. F
2 2

1]2%. C.F[E
2 2

Cau 106. Goi F(z) la nguyén ham cia ham sé f(x)=sin’2z.cos® 2z thoa F [ﬂ — 0. Gia tri

F (20197r> 1a

1 2 1
A. F(20197)=——  B. F(20197) = 0 C. F(20197)=—=  p. F(20197) =—
15 15 15
Cau 107. Biét F(z) 1a mot nguyén ham _ 8in2z 4 co5T s p(0) = 2. Gia tri ciia F I] la
N NP B N2 + 8 . w2 -8 D, N2 +8
3 3 3 3
Cau 108. Cho F(z) la mot nguyén ham cua ham ) f(fv) = _ el trén khoang (0; +oo) thoa
zt +22° +1°

man F(l) :%. Gia tri ctia biéu thac S = F (1) + F(2> + F(S) +...+ F(2019> bang

2019 2019.2021 1 2019
T B.————. C. 2018 —. D. ——.
2020 2020 2020 2020

14



In(z + 3)

Cau 109. Gid sit F (z) la mot nguyén ham ciia f (z) = sao cho F(—2)+ F (1) = 0. Gié tri

x
cta F'(—1)+ F (2) bing
Ehr12—§hr15 B. 0. C.zan_ D,zln2—|—§ln5_
3 6 3 3 6

Cau 110. Goi g (z ) 1a mot nguyén ham ctia ham sb f(x) = In (2 — 1). Cho biét g(2) =1 va g(3) = alnb
trong d6 @, b 1a cac s6 nguyén duong phan biét. Hay tinh gia tri cia 7 = 3a° — b
A. T =8. B.T=-17. C.T=2. D. T'=-13.

Van dé 9. Nguyén ham ciia ham an

Cau 111. Ham s6 F( )n'}lo sau ddy 1a mot nguyén ham ciia ham s f(x).g (x),biét F(l): 3,
ff( dx—ac-i-C’ Vafg dx—x +C,.

A F(z)=2"+1 B.F(z)=2"+3 C. F(z)=21"+2 D. F(z)=2" +4
CﬁullZ.Choff(x)da::4x3+2x+CO.TinhI:fxf(x2>dx
10 6

AT =22 + 22 4 C. B.Izgi—0+%+0. C.T = 42° + 9222+ C .D. I —122° 42

Cau 113. Cho ham s6 y = f () thoaman f'(z).f(z)=a* +2°. Biét £(0) = 2. Tinh f*(2).

2 —ﬁ 2 _@ 2 :% 2 :@
A.f(2)—15. B.f(2)—15. c. /(2 - D. /*(2) -
CAu 114.Cho hai ham s F(m),G(m) xéac dinh va c¢6 dao ham lan lugt 13 f (x),g (x) tréen R . Biét ré'mg
F (:p)G (m) =z%1ln (xz + 1) va F(:z:)g(x) = ;i % Ho nguyén ham cua f(x).G (x) la
A (22 +1)In (> + 1)+ 227 + C. B. (2 +1)In(2” +1) - 22" + C.
C. (3:2 + 1>ln($2 —|—1>—$2 + C. D. (3:2 + l)ln(:p2 + 1>—l— z> + C.

Cau 115. Cho ham s6 f lién tuc va c6 dao ham trén R, ¢ (m) >—1Vre R,f(()) = 0 va thod man

\/:_znlf 11 Tmhf( )

A.9. C.3. D. 0.
Cau 116. Cho ham s6 f(z) x4c dinh trén doan [—1; 2} théa man f(0) = 1 va f*(2).f (x) =142z + 32°

. Gié tri nhé nhat va gid tri 16n nhat ciia ham s f(z) trén [ L; 2] 1a

A. Tnl%f \/_ maXf \/_ B. ﬁm% flz) = Q/E;ma}}{ F(z) = Y40
& muﬁf(x>:\/__27ﬁna)]<f( )—343 . D. rfliﬁf(x):i‘_Q;Hjarxf(I)::sélo .
) 1
Ciu 117. Cho ham sb f(z) lién tue trén R, f(z)=0 vi moi » va thoa man f(1):—§,

J'(2) = (20 +1) 7 (o) Biét F(1)+(2) 4.+ f(2019) 2%—1 véi 0, €N,(a,b] =1 Khing dinh

nao sau day sai?
A. a—b=-2019. B. ab > 2019. C.2a+b=2022. D. b < 2020.
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Cau 118. Cho ham sb f (x) lién tyc trén R thoa mén cac diéu kién: f (O) = 2\/5, f (ZE) >0, Vr € R va
f().f () =(22+1) )1+ £ (2}, Vo € R. Kni a6 giétri /(1) bing
AN, B. V21, c.15. D. V23.

Ciu 119. Cho /s y = f () lién tuc trén (0;+00) thoa man 241 (z) + f () = 32° Vo : f(1)= % Tinh

7(4)?
A. 24, B. 14. C. 4. D. 16.

Cau 120. Cho ham s6 f («) thoa man(f"(z)) + f(z).f"(2) =* — 2z, Vo € R vas(0) = f(0) = 1.

Tinh gid trj cia 7' = f* (2).

43 16

A, —.

B. —. C.
30 15

43
—. D.
15

%
15

Vin dé 10. Mot s6 bai toan ing dung ciia nguyén ham.
Cau 121. (Dé tham khio danh gia ning lue 2021_Dai hoc Qudc Gia Ha Noi) Mot vat roi ty do theo
, . 1 . .
phuong thing ditng ¢ quing dudng dich chuyén S () = 5 gt* v6i t 1a thoi gian tinh bing gidy (s) ké tur

lic vat bat dau roi, S 1a quang duong tinh bang mét (m), ¢ =9,8m/ . Van tdc tic thoi ciia vat tai thoi
diém ¢ = 4(s) la:

A. 156,8(m / s) B. 78,4(m/ s) C. 19,6 (m/s). D. 39,2 (m/ s).
Cau 122. M6t 6 to dang chay véi van toc 10(m /) thi nguoi 1ai xe dap phanh. T thoi diém dé, 6 t6
chuyén dong cham dan déu véi van téc v (t) =10—-2¢ (m / s), trong d6 ¢ 1a khoang thoi gian tinh bang
gidy ké tir lac dap phanh. Tinh quing dudng 6 t6 di chuyén dugc trong 8 gidy cudi cung.

A. 50m. B. 25m. C. 5Om. D. 10m.

1

. . 5
Cau 123. Mot van dong vién dién kinh chay véi gia toc a(t) = _its +1_6t2 (m / 32) , trong d6 ¢ 1a

khoang thoi gian tinh tir lic xut phat. Hoi vao thoi diém 5(m / s)sau khi xuét phat thi van toc cta van
dong vién l1a bao nhiéu?

A.56m /s B. 6,51 (m/s). C. 7,72 (m/s) D. 6,8 (m/s)

Cau 124. S6 lugng ciia mot loai vi khuan duoc tinh theo cong thie N (z) , trong d6 x 1a s6 ngay keé tir thoi

. ) . 2000 Lz . .
diém ban dAu. Biét ring N'(z) = [, VA lte diu b lugng vi khuin 14 5000 con. Hoi ngly thi 12 58
T
luong vi khuan gan nhat véi két qua nao sau day?
A. 10130. B. 10120. C. 5154. D. 10132.

~ B.TICH PHAN.
Van dé 1. Tich phan ham da thire

Cau 1. Tinh tich phan I = ](23: +1)da.
-1

A. [=0. B. [ =1. C. I=2. D.[=—.
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1
Cau 2. Tich phan f(3x + 1) (:E + 3) dz bang
0
A, 12, B. 9. C. 5. D. 6.
b
Cau3. Véia,b lacac tham sb thyc. Gi tri tich phan f (3362 —2az — 1) dz bang
0
A.b® —b%a —b. B.b* +0b%a +b. C.b> —ba” —b. D. 3b®> — 2ab — 1.
1 2
Cau 4. Biét rang ham s6 f(:c) = mz + n théa man ff(m)dx =3, ff(x) dz = 8. Khing dinh nao
0 0
dudi day la ding ?
A.m+n=4. B. m+n=—4. C.m+n=2. D. m+n=-2.
Cau 5. Cho f (3:52 — 2z + l)d:L' = 6. Gia tri ciia tham s6 m thudc khoang nao sau déy ?

0

A (-1;2). B. (—00;0). C. (0;4). D. (—3;1).
1
Cau 6. Cho n 1a s6 nguyén duong khac 0, hiy tinh tich phan I = f (1 - :EQ)H adz theo n.
0

1 1
! B.[=—. c. I= D. I 1

A = . . A= )
2n +2 2n 2n—1 2n+1

Vién dé 2. Tich phan ham s6 hiru ti.
~ y dx N
Cau 7. f bang
2z +3

1

A. 111135 B. lnz C. llnZ D. 2]nZ
2 5 2 5 5

3
. T+ 2 ,
Cau 8. Biétf;dx:a—i—blnc, VOi a,b,c € Z,c < 9. Tinhtong S =a+b+c.
x
1

A.S=T1. B.S=5. C.S=8. D.S=6.
el 1 1
Cau 9. Cho f[ — ]dx:aln2+bln3 V6i a,b 1a cac sb nguyén. Ménh dé nao duéi day
o+l 42
dang ?
A.a+20=0 B.a+b=2 C.a—20=0 D.a+b=-2
rlr 1
CAu 10. Tinh tich phan 1 = [ [———Qde
1 T T
1 1
A=~ B. [ =-+1 c.I=1 D. [=e
€ €
Y dz
Cﬁull.Biétf —aln2+bn3+cln5. Khidé gidtri a+ b+ c bang
) (z+1)(20+1)
A. 3. B. 2. C. 1. D. 0.
0 2
. 3 5 —1 2 .
Cau 12. Biét szH—;dx:aln§+b,(a,b GR).Khi do gia tri ciia a + 4b bang
x_
—1
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A. 0 B. 60 C. 59 D. 40

7’ + 5z +2

7’ +4z+3

A. —8. B. —10. C. —12. D. 16.
22° + 37+ 3

Cau 13. Biét f dr=a+bIn3+clnb, (a,b,c EQ). Gié tri ciia abc bang

Cau 14. Biét f—d =a—Inb vdi a,b 1a céc sé nguyén duong. Tinh P = a* + b>.

y T +2r+1
A. 13. B. 5. C. 4. D. 10.

L 7
x

CAu 15. Cho tich phan [ = [ —"——da, gid sirdat ¢ = 1 + +*. Tim ménh d diing.
i)

(-1 3 ple-1)
C [:_f dt D I:_f dt
24 ¢t 249t
o N
CAu 16. C6 bao nhiéu s6 thye o dé [ —— dr=1.
) o+
A. 2 B. 1 C.0 D. 3

Vién dé 3. Tich phan ham vé ti.

2
Cau 17. Tinh tich phan [ = f 22\z” — 1dz bing cach ddt w = 2> — 1, ménh d& nao dudi day dung?

A. I:jﬁdu B. I:%jf\/;du C. Izzjﬁdu D. I:j[ﬁdu

21

d . \
Cau 18. Cho f—g::aln3+bln5+cln7,véi a,b, ¢ 1a cac so hitu ti. Ménh dé nao sau day
s oNT+4
dang?
A.a—b=-2c B.a+b=-2c C.at+tb=c D.a—b=-c

1
Cau 19. Tich phan [

dx b
ang
0oV 3.17‘"]_

4 3 1 2
A, —. B. —. C. —. D. —.
3 2 3 3
Cau 20. Biét f dz dx = \/g—\/g—c Vi a,b,c 1a cac s6 nguyén duong. Tinh
x+1\/_+x\/x+1
P=a+b+c
A. P =18 B. P =46 C.P=24 D. P=12
202

Cau 21. Cho tich phan [ = f 16 — z°dx va £ = 4sint. Ménh d nao sau day ding?

A T=8[(1+cos2t)dt. B. Izlstin%dt.

o%%\ﬁ
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™

C.I1=8 (1— cos2t)d D. I = —16} cos’ tdt .

OHLM

5

1
1 1++3x+1

Cau 22. Biét dr=a+bIn3+cInb (q,b,c € Q). Gidtri ciia a + b + ¢ bang

8

4
C. —. D. —.
3 3

s
w |~

w
w | ot

m Mmoo A A LAr o ;
dz = — v6i — la mot phan so toi gian. Tinh m — 7n

1+ 2 n n

A. (. B. 1. C. 2. D. 91.
Cau 24. Cho #dng—i—ban—l—cln?) V6i a,b,c 1a cac s6 nguyén. Gia tri a + b + ¢ bang
0 44+24z+1
A9 B. 2 C.1 D. 7
a 3
Cau 25. Tinh [ = [ 2L dg.
o NIt +1
1
A= (ot ) T 11 B.I=§(a2+l)\/a2+1—l].
1
C.I:E(aQ—l—l)\/az-l—l—i-l]. D-I:(aQ—i—l)\/m-i-l-

2
CAu 26. Gié tri ctia tich phan f ,/1 Y _dz bing tich phan nao dudi day?
— T
0

g 1 g g
I 2 sin? z I sin’ 2

A. | 2sin® ydy. B. f dz C f Y4 D. f sin® ydy .
0 , Cosz , Cosy o

— 2.2 thi ta dugc.
2 2

\/—neudmblenso r = 2sint,t €

: : : :
dt
A. I = | dt. B. I = | dt. C.I=|tudt. D.I=|—.
J J J r
1 3
> b . ;
Cﬁu28.B1étf$— d:c:MV(’na,b,clécécsénguyénvébZO.TinhP:a+b2—c
0z +1+2° 15

A P=3. B.P=T7. C.P=-7. D.P=5.
Cau 29. Gia st [ = IL — aln2 4 b véi a, blasb nguyén. Khi do gid tri a —b 1a
Jo + 4z 3
A. 7. B. 5. C. . D. 17.

Cau 30. Bletf—dx_a+b\/_+cx/_5 a,b,clacacsdhiruty, tinh P=a+2b+c—7

3z +V9z® —

1 86 67
A ——. B. — C. 2. D. —
9 27 27
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4
Cﬁu31.Biétf 2z + 1dz :a+b1n2+c1n§(a,b,cez).TinhT:2a+b+c.
b 21+ 322 +1+3 3
A. T =4, B. T=2. c.T=1. D. T =3.

Vin dé 4. Tich phan ham lwong gisc.

ﬂ'

4

CAu 32. Cho ham 6 f (). Biét f(0) = 4 va f'(z)=2sin’ « + 1, Vo € R, khi d6 ff(:ﬁ)dx bing
0

7 —{—167?—4. B 7w —4 c. 7r2 —}—1577' 7r2 +167r—16'

A. . .
16 16 16 16

e

El

4
Ciu 33. Cho ham s6 f(z).Biét f(0)=4 va f'(z) = 2cos’z + 3, Yz € R, khi d6 f f(z)dz bang?
0

2 2 2 2
A TS +87T+8. S e +87T+2. c. I T *2 +67T+8. D.W+2.
8 8 8 8
b
Cau 34. Gia tri cia f sin zdr bing
0
m
A. 0. B. 1. C.-1. D. —.
2
| V2
Cau 35. Gia su I:fsin?)xda::a—i—b? (G,bEQ).Khidégiétri cia a—b 1a
0
1 1 3 1
A —— B. — C. —— D. —
6 6 10 5
. g 3sinz —cosx —11 b
Céu 36. Biét [ = dr =——In2+bln3+c(bc€Q). Tinh —?
{ 2sinz +3cosz 3 c
22 2 22 2
A, —. B. —. C. —. D. —.
3 3 3T 13
Cau 37. Tinh tich phan ] = fcos3 z.sin zdx .
0
1 1,
A I=— B.[=——m C.I=-r' D. =0
4 4

™

2
Céu 38. Cho tich phan [ = f V2 +cosz.sinadz . Néu dit ¢ = 2+ cos z thi két qua nao sau day dung?
0

A.I:Z\ﬁdt. B.I:zxﬁdt. c..r:z;[ﬁdt. D.J:j:\/Zdt_

4 .
SlIl2 T

Céu 39. Tinh tich phan [ = f dz bing cach dat u=tanz, ménh d& nao dudi day ding?
0

cos’

20



2 1 1

:]UQdu_ B. I = f% . C.Iz—fuZdu. D.szuZdu.
0 0 0 0

T

Cau 40. Cho tich phan f ﬂdm — alnb 4+ bln 2 Vi a, b€ Z Ménh dé nao dudi day ding?

cosx + 2
3
A. 2a+b=0. B. a—2b=0. C.2a—b=0. D. a+2b=0.
CAau 41. C6 bao nhiéu sb aE(O,Z)ﬂ) sao cho fsin5 z sin 2adx = %
0
A. 10. B. 9. C. 20. D. 19.
G
3+5b , ,
Cau 42. Biét f a\/_ a , VOl a,b € Z,c € Z" va a,b, c 1a cac sO nguyén to cung nhau. Gid
1+ sinx
tri ctia tong @ + b + ¢ bang
AL B. 12. C. % D. —1.

™

Cau 43. Cho tich phan $b f &dx =qlnb5+bln?2 Voi a,b € Z. Ménh dé nao dué6i day dung?

cosx + 2
3
A. 2a+b=0. B. a—2b=0. C.20—b=0.. D. a+2b=0..
5 .
Cau 44. Cho f =7 dz = aln2+b,véi,, Lla céc sé hitu i, ¢ > 0. Tinh téng m.
0 (cosrc) —5cosx+6 ¢
A S =3. B.S=0. C. S=1. D. S=4.

Vin dé 5. Tich phan ham mii va logarit.

Cau 45. Cho F <:c) 12 mot nguyén ham cua ham s f (:ZZ> = 1n_:1: Tinh: ] = F (e) - F (1)?

T
1 1
Al =— B. [ =- c.l=1 D. [ =e¢
2 e
1
Cau 46. fe““dm bang
1 1
A §<64+6> B.e® —e¢ C.§(€4—6) D.ce' —¢

2

Cau 47. Cho fesmdm =m (e” — eq) V6i . , 1 g € Q valacac phan s ti gian. Giatri m + p + ¢
1

bang

A. 10. B. €. C. 2—32 D. &

In6 z
Chu 48. Biét tichphan [ — &
j(; 1++e" +3
T=a+b+c.

A T=-1 B. T'=0. c.T=2. D. T=1.

dz=a+0bln2+cln3, vdi,, {, . 1a cac s6 nguyén. Tinh
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Cau 49. Biét Inz —dx —a+b\/5 V6i a,b 1a cac s6 hitu ty. Tinh S =a +b.

1 21+ Inz

1 3 2
A. S=1. B.5=—. C.5=-—. D.S=—.
2 4 3
1
Cé 50. Cho [ — — o+ Vi a, Uacéc sé hitu ti. Tinh § = a® + b7
o € +1
A S=-2. B. 5 =0. c.S5=1. D.S=2.
Cau 51. Cho tich phan I = f 3z Hl . Néudit t=Inz thi
T

1

A.I:jgtjrldt. B.I:jgt;rldt. C.I:](3t+1)dt. D.T= LZ3t+1

0 e 1
/ Inz c .
Cau 52. Cho I:fﬁdx:ahﬁ#—bhﬂ +—,V6i a,b,c € Z . Khing dinh nao sau dau ding.
1 :r(ln:z:—l—?) 3
Ad*+b°+c=1. B+ +c=11. C.a®+b+c7=9. D.a’+b"+c*=3.
A . X In2 dz 1 T A N
Cau 53. Bict [ = —_— = —(lna —Inb+1In c) vOi o, L ¢ 1a cac sO nguyén duong.

0 e +3"+4 ¢
Tinh P=2a—b-+c.
A. P=-3. B. P=—1. C. P=4. D. P=3

Vén dé 6. Tich phén tong hop.

1
Cau 54. Biét rang f ze’ Pdy = %(eb - ee) V6i a,b,c € Z . Gia tri ciia a + b + ¢ bang

A. 4 B. 7. C.t D. €.
z+1 L \ s X N , Sy ,
Cau 55. Biét f dr = 1n<ae + b) v6i a,b 1a cac s6 nguyén duong. Tinh gia tri cia biéu thuc
r +zlng
T =a’ —ab+0b°.
A. 3. B. 1. C.0. D. 8.

Y - z . .
Cau 56. Biét f (:1: + 1)2 e *dx =me’ —n,trong d6 MmN, P,q la cac sO nguyén duong va Py phén so
q

1
t6i gian. Tinh T = m +n+p +q.
A. T=11. B. T'=10. C.T=T. D. T'=38.
Cau 57. Cho ham s y = f (:r) c6 dao ham trén R dong thoi thoa man f (0) =f (1) = 5. Tinh tich

phﬁnI:jf'<x>ef()
0
A. =10 B./=-5 Cc.I=0 D. =5

4
Cau 58. Biét ] = f z1n (:f +9)dz =aln5+bIn3 + ¢ trong d6 a,b, ¢ 1a cac s6 thyc. Gid tri cua biéu
0
thac T'=a+b+c la:
A. T=11. B. T'=09. C. T=10. D. T'=8.
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Ciu 59. Cho f (3 ~1)ina + 35" —1

1

dz = ae’ +b+ecln (e + 1) Vv6i a,b, c 1a cac s nguyén va
l+zlnz

Ine=1.Tinh P = a® + b + *.

A. P=9. B. P=14. c. P=10. D. P=3.
2
Cau 60. Biét f r+1 dz =1n (lna +b) v6i ., L1a cac s6 nguyén duong. Tinh P = o> + b° + ab .
' 2' +zlnx
A. 10. B. & C.12. D. €
1 2 + x
Cau 61. Cho fudx: ae+bin(e+c) voi, L c€Z. Tinh P=a+2—c.
o z+e”
A. P=1. B. P=—1. c. P=0. D. P=-2.

Vién dé 7. Tich phan dung tinh chit.

Cau 62. Biét ]f(a:)dxz? va ]g(x)da:zG,khidé ][f(a;)—g(x)}dazbﬁng
1 1 1

A. ¢ B. 4. C. < D. —8.

Cau 63. Biét tich phan ]f(x)dx —3va ]g(x)dx — 4. Khidé ]’[f(x) +g(x)] dz bing
0 0 0

A, —T7. B. . C. —. D. 1
Cau 64. Khang dinh nao trong cac khang dinh sau ding v6i moi ham f, ¢lién tuc trén K va,, b lacac

s6 bat ky thuoe K ?

: : ,, b [ Fwa
A. f[f(x)+29(x)}dx = ff(x)dx —|—2fg(x)dx. B. f%dx = .
g g f g gy
C. ][f(x)g(x)]dx :ff(x)d:p fg(:c)dm D. ij(m)dxz jf(a:)dx .
Cau 65. Cho.]f(x)dx =1, ]f(t)dt = —4. Tinh ]f(y)dy.
AT=5 B.I—-3, e I-3 D. [ ——5.
Ciu 66. Cho J:f(x)dx —3va J:g(:n)dz — 7. khi dé j:[f(x) +3g(:c)]dx bing
A. 16. B. —I8. C.24. D. 10.

Cau 67. Cho ham sb f (a:) lién tuc, c6 dao ham trén [— 1;2] f (— 1) =8 f (2) = —1. Tich phan
2
ff'(x)drc bang
—1
A. 1. B. 7. C. 9. D. 9.

Céu 68. Cho ham s6 f(x) lién tyc trén R thoa mén ]f(:v)da:zg, jf(x)dx:?), ff(x)dsz.
1 4

Tinh I = jf(:r)dx.
1

A, I =17. B. [ =1. c. [ =11. D.[="7.
23



Cau 69. Cho f, g 1a hai ham lién tuc trén doan 3| thoa man

L
][f(x)+3g(x)px:10,j[2f(x ()]dx_mmhf[ )+ ool

1

A.7. B. 6. C. 8. D. 9.
Céu 70. Cho ]f(x)dxz&Tinh I:j‘[f(m)—FQSinx}dx:&
0 0
A T=T B.]:5+g c.I=3 D.[=5+7

Cau 71. Cho ff dx—2 va fg(x dx:—l.TinhI:j[x+2f(x)—3g($)}dm.

-1

A.Izl—7 RI:§ QI:Z D.I:E
2 2 2 2
Cau 72. S6 diém cuec tri ctia ham s f l‘ ’ 2tdt
2z
A. ( B. 1 C. 2 D. <

(munxmoma]}@ﬁm:w.ﬁmgmmcmfu3?U@—3@+ﬂdm
A P=15. B. P—37. c.p=ar. . P=19.

Cau 74. Cho j“f )dz = 2018. Tinh tich phan [ = l[{ f(20)+ (4 2xﬂ(1

A. I=0. B. [ =2018. C. [ =4036. D. I =1009.

2
Cau75.Cho y = f (m) 1a ham sb chan, lién tuc trén [76; 6] . Biét rang ff (x) dz = 8;

3
ff 2:c dz = 3. GlatrlcuaI—ff dx la
1

A. =5, B. [ = 2. C. I=14. D. [ =11.
Cau 76. Cho ham sb f (a:) lién tuc trén R va ff(ac)dx = 2018, tinh I = fzf(xz)dx
0 0
A. [ =1008. B. I =2019. C. I =2017. D. [ =1009.
/1

cm7mmm]V@MxZZKMdéf———dx&@
1 Lz
Al B. < C.% D. ¢

Cﬁu7&(jm(?f(m2+1%ﬂx::2.Khi&jlzi?ftﬂdx bing

A. 2 B.1 C.4 D. -1
7
Céau 79. Cho f ( ) lién tyc trén R thoéa man f 10 - a: Va ff dx =4.Tinh I = fxf
3
A. 80. B. 60. C. 40. D. 20.

24



Cau 80. Cho Jf (a:)dm =9.Tinh [ = ]f(sin 33:) cos 3zdzx .
0

0
A. =5, B. [ =9. C.I=3. D. [ =2.

Cau 81. Cho ham f (') théa man 27’7 f(z)dz = 1. Tinh tich phan I = j f(2017z)dz.

0

AT=——. B. [ =0. C. 1=2017. D.I=1.
2017
Cﬁu82.Chohémséy:f( )_ @ +3zhe 2 T1nhl—2j s1nx Cos:vda:—i-?)ff 3 Qx)d
d—zyr <1 0
71 32
A.I:E. B. [ =3l C. [=32. D.IZE.
2 gsinxf(\/?)cosx%—l)
Ciu83.Cho I = | f(x)dz = 2. Giatri ciia dz bang
f < ) jo‘ V3cosx +1
4 4
A.2 B. —. C. —. D.-2
3 3

Cau 84. Biét ]f(:v)dx =5 va ]f(x)dx —20. Tinh ]f(élx —3)da —Tf(e2f)e2fdx.
1 4 0

15 5
A T=—, B. [ =15. C.I=—. D. [ =25.

4 2

Cau 85. Cho f(z)1a ham sé lién tyc trén R théaman f(z) + f(2 — ) = z.e”, Va € R.Tinh tich
2

phan [ = ff(x)dx
0

4 —_—

e —1' B. ]:28 1_

2

Cau 86. Cho ham sb f (a:) lién tuc trén R théa man f (235) =3f (az), Vz € R. Biét rang

A I = C.I=¢"-2. D.I=¢"—1.

jf(:n)dx = 1. Tinh tich phan I = ]f(x)dx
0

A. I=5 B. /=6 C.1=3 D. [ =2

2018

Cau 87. Cho ham sé f (x ) lién tyc trén R thoa f f () dz = 2. Khi dé tich phan

Ve .
2 3
[ . +1f(ln(a: —l—l))dx biing
A4 B.1 C.2 D.3
CAu 88. Cho ham s6 f (:1;) lién tyc trén R théa man szf(tanx) dz =3 va J 'S (x) dz = 1. Tinh
' bzt +1 .

1

szf(x)dx.s

0



A. [=2, B. [ =6. C. [=3. D. [=4.
211

Cau 89. Cho ham sb f (a:) lién tuc trén R va thoa man f cot .f (Sin2 m)dx _ f dz = 1. Tinh
1

4 x
4
! f(4:v)
ich pha .
tich p an[ " dx
8
A. I=3. B.]:§. Cc. =2 D.I:E
2 2
Ciu 90. Cho ham 56 f (=) lié : 4] va théa ma f(2 ”_1) T ikt
. x ) lién tuc trén doan [1,4] va théa man f(:z;): + . Tinh tich
NFEER

phéan [ = ]f(m)dm

A.T=3+2In%2. B.I=2In"2. C.I=1n"2. D. [ =2In2.
Cau 91. Cho ham sb f (:1:) lién tuc trén R thao man 7f(x)+ 4f(4 _ I) = 92018z+z2 + 9, VT ER.

Tinh [ = ]f(x)dx

2018 7063 98 197764
A ——. B. —. C. —. D. .
11 3 3 33

o C. UNG DUNG CUA TICH PHAN ]
Van dé 1. Ung dung tich phin dé tinh dién tich hinh phang, thé tich khoi tron xoay

Cau 1. Dién tich phan hinh phang t6 den trong h1nh \G bén dudi duoce tinh theo cong thirc nao dudi day ?
y=Jx

—2 [&] E ‘
T TN
3 3
A [(f@)-g@)dr. B. [(g(x)-/(x))dx
2 -2
0 3 0
C. j (f(x)—g(x))dx+ f (g(x)— £ (x))dx. D. j g(x)— £ (x)) dx + I f(0)—g(x))dx .
Cau 2. Dlen tich phan h1nh phang gach chéo trong hinh vé ben dugc tinh theo cong thirc nao dudi day?
= o +3x+d
/@
Q
| 1N
A1 e
A L
,."f i \\
*fﬁ'ﬁ**'i'* 3 f"
3 3 3 3
A f(-x" +4x-3)dr. B [(-X+2x+11)dx.  C. [(x*=2x-11)dr.  D. [(x’—4x+3)dr.
1 1 1
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Cau 3. Dién tich phan hinh phang gach chéo trong hinh v& bén duoc tinh theo cong thirc nao dudi day?
\ 4
& =x?+x-2 |

\

\ i
A\ s
T

%

=

\ &

% \>«

R

1

A. j(—2x3+3x2—1)dx- j(2x3—x2+2x—3)dx-
. 4
1 1

C. J.(2x3—3x2+1)dx- D. J.(—2x3+x2—2x+3)dx-
1 1

2 2

Cau 4. Dién tich phan hinh phang gach chéo trong hinh v& bén duoc tinh theo cong thirc nao dudi day?
A0 |||_1;=.x3-3x2+1
|

ly=2x"-2x"+x -1
B.

A. (x3—5x2+9x—7)dx. B. j(—x3+5x2—9x+7)dx.
1

C. (—x3+x2+9x—9)dx.D. j(x3—x2—9x+9)dx.
1

— e ) — C—y

Cau 5. Tinh dién tich Sciia hinh phang (phan gach soc) gii han boi hai d6 thi ham s6
f(x)= \/;;g(x) = x—2 va truc hoanh la:

A S=—. B.S=—. c.s=-1 p.s=3
3 3 3 3

CAu 6. Cho hinh phing (H) dugc gi6i han béi dd thi ham s y = €**, truc Ox, Oy va dudng thing x = 2.
Tinh S hinh phéng trén.

Aet 1. B. (¢'-1). c. e, D. +(¢*+1).
2 2 2
Ciu 7. Goi S 1a dién tich cua hinh phang gidi han boi cac dudng y :11’1_2)6, y=0,x=1, X=C, Ménh
x

deé nao dudi day dung?
€

e e 2 e 2
A.S:ﬂj.lnxdx. B,S:jln;cdx. C.S:J‘(IH—ZXJ dx . D.S:ﬂj[m—zxj dx .
AN AN

2
1

X X
Céu 8. Dién tich hinh phing dwoc giéi han boi cac duong y = sin 2x; y = cosx va x=0;x :g la

B C D

Al L L3 1
4 6 2 2
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Cau 9. Dién tich hinh phing gii han boi cac duong y=2x-1; y= é; x=3la:
X

A. 4-6In6. B. 4+6ln%. C. ﬂ D. é
3 24 6
Céau 10. Dién tich hinh phang gi6i han béi cac duong y=e"; y=1va x=1la:
A, e—2. B. e C. e+l. D. 1-e
Cau 11. Tinh dién tich hinh phéng gidi han bdi dd thi ham s§ y = 4x—x* va truc Ox
A. 11, B.ﬁ. C.ﬂ. D.g.
3 3 3

Céu 12. Dién tich hinh phing gi¢i han béi hai dudng y=x"+11x—6 va y=6x" 1a

A. 52, B. 14. C. i D.

I\)"u—a

Cau 13. Goi S 14 dién tich hinh phang gi6i han boi d6 thi ham s6 (H):y = x—_i va céc truc toa do. Khi
X+

d6 gid tri cia S bang

A. S=2In2-1. B. S=In2+1. C.S=In2-1. D. S=2In2+1.
Céu 14. Tinh dién tich hinh phang gi6i han boi hai d6 thi (P):y = —%(x2 —8x+ 7) L (H):y= ;‘ -7
—X
A. 3,455, B. 9-8In2. C. 3-In4. D. lg—1+4ln3+81n2.
Cau 15. Dién tich hinh phing gioi han boi cae db thi y =|x* —4x+3 va y=x+3 L
A2 B. 2 c. 19 p. 126,
6 6 6 5

Cau 16. (Pé tham khao danh gia niing lwe 2021_PH Qudc Gia Ha Ngi) Cho ham s y = f (x) co dd

2
thi nhu hinh v&. Biét cac mién A va B c¢6 dién tich lan luot 1a 4 va 1. Tinh 7= j Axf (x")dx.
1

y

O ll.' 3@.1 T
/

A. 1=6. B. /=10. C.1=8. D. [=12.
Cau 17. Biét rang parabol (P) : > = 2x chia dudng tron (C ) :x* +y” =8 thanh hai phan lan luot c6 dién

tichla S), S, (nhu hinh v&). Khi d6 S, - S, =ar _b i a,b,c nguyén duong va LA phan s6 t6i gian.
C
Tinh S=a+b+c.

A. S=13. B. §=16. C.S=15 D. S=14.
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Cau 18. Cho (#) 1a hinh phing gidi han boi parabol y=\/§x2 va nira duong tron tim (#) ban kinh bang
2 nam phia trén truc hoanh (phan t6 ddm trong hinh v& bén). Dién tich cua (#) dugc tinh theo cong thirc

nao duoi day?
y

—92 2 xT

j‘[\/ﬁ—ﬁxz}dx. B. Szz.j[m—ﬁxﬂdx.
j[ﬁf—ﬂ}dx, D.S:j‘[m—ﬁxz}dx.

Cau 19. Dién tich hinh phang gi6i han boi cac duong y=mxcosx; Ox ; x=0;x =7 bang 37.Khi d6
m la:

A. m=-3. B. m=3. C. m=-4. D. m=413.
Cau 20. Cho Parabol (P) :y=x"+1 va dudong thing d : y = mx+2 v6i m la tham s6. Goi m, 1a gid tri

A. S

C.S

ctia m dé dién tich hinh phang giéi han boi (P) va d 1a nho nhat. Hoi 74, nam trong khoang nao?
1 1 1
A. (—V2;-2). B. (0:1). C. -L—-). D. (=;3).
( 5) (0:1) ( \/5) ( 3 )

Cau 21. Goi (#) 1a hinh phing gi6i han boi dd thi ham sé ¥ =—x" +4x va truc hoanh. Hai duong thing
y=m va y=n chia (H) thanh 3 phan c¢6 dién tich bang nhau( tham khao hinh v&). Gia tri ciia biéu thirc
T =(4-m) +(4-n) bang

7 n
(9]
x

320 512 75
=— =— C. 7 =405. D.7=—-

9 ° 15° 2

A. T .
Cau 22. Goi (H) 1a hinh phang gi6i han boi cac duong: y =sinx ; Ox ; x =0;x=7. Quay H) xung

B. T

quanh truc Ox ta dugc khéi tron xoay co thé tich 1a

2
T

A —. B. Z. C. % D. z°.
2 2
Cau 23. Goi (H) 14 hinh phng gi¢i han béi céc duong y = \z.In z, truc Oz,z = 1,2 = e. Tinh thé
tich khdi tron xoay dugc tao thanh khi quay hinh phang (H) quanh tryc Ox.
(e’ +1 (e-1 (e+1 (e’ -1
NG} p 7D ¢ meth), p. 71
4 3 3 4

. . . s
Cau 24. The tich cua khoi tron xuay dugc gigi han boi ¥y = \/ rcosz +sin’ oy =00 = 0,0 = 5,1@1

(3w —4 (5T +4) (3w + 4) (3w + 4)
A ——— B. ——— C.——— D.———
4 4 4 5
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Céau 25. Tinh thé tich vat thé tron xoay do hinh phing gidi han boi y=+Inx, truyc Ox va duong thing
X =2 quay xung quanh truc Ox .
A. 2In2+1, B. 27In2+ 7. C.27In2—r. D. 2In2—1.

Cau 26. Thé tich ciia khdi tron xoay khi cho hinh phang gi6i han béi Parabol (P) y= X va duong thang
d :y=2x quay quanh truc Ox bang

2 2 2 2 2 2
A. 7rJ. 4x2dx—ﬂjx4dx . B. ﬁ.[(xz —Zx)2 dx. C. ﬂj4x2dx+7r.[x4dx. D. 7[.[()62 —Zx)dx.
0 0 0 0 0 0
Cau 27. Thé tich khéi tron xoay khi quay quanh truc Ox hinh phang giéi han boi cac duong

y=xlnx,y=0,x=e cb gia tri béng E(b.e3 —2) trong d6 a, b 1a hai sb thuc nao dudi day?
a

A.a=27,b=5. B. a=24,b=6. C.a=27,b=6. D. a=24,b=>5.
Cau 28. (Pé tham khao danh gia niing lwe 2021_PH Qudc Gia Ha Ngi) Cho (H) 13 hinh phang gi6i
han bdi duong y= \/; va y = x2. Thé tich ctia khdi tron xoay tao thanh khi quay hinh (H) quanh truc Ox
bang

3 B. > c2 p. 2%
10 10 70 70
2 2
Cau 29. Thé tich khéi tron xoay khi cho Elip x—2+i—2 =1 quay quanh truc Ox bang
a
A. i7raZb. B. i7ra[92. C. %ﬂazb. D. —%ﬂabz.
3 3 3 3

Van dé 2. Ung dung tich phan dé giai quyét bai toan thuc té

Cau 30. Mot tau lira dang chay voi van tbe 200 m/s thi ngudi 1ai tau dap phanh ; tir thoi diém do, tau
chuyén dong cham dan déu véi véan toe v(l ) =200—20¢ m/s. Trong d6 ¢ khoang thoi gian tinh bang
gidy, ké tir luc bat dau dap phanh. Hoi tir lic dap phanh dén khi dirng han, tau con di chuyén duoc

A. 1000 m. B. 500 m. C. 1500 m. D. 2000 m.
Cau 31. (Dé thi thir danh gia ning lwe 2022-PH Bach Khoa Ha Ngi) Mot 6 to dang chay thi ngudi ta
dap phanh. T thoi diém d6, 6 t6 chuyén dong chdm dan déu voi véan tde v(z‘) =a—8t(m/s) trong do ¢
(gidy) la khoang thoi gian tinh tir lac pét dau dap phanh va a 1a mét hang s6 duong. Biét rang tir luc dap
phanh dén khi dung han, 6 t6 di chuyén dugc 36m. Khang dinh nao sau day dung ?

A. ae(l8,21). B. ae(25,28). C. ae(15,18). D. ae(23,25)

Céu 32. Hai nguoi 4, B dang chay xe nguoc chiéu nhau thi xay ra va cham, hai xe tiép tuc di chuyén
theo chiéu cia minh thém mdt quang dudng nita thi ding han. Bict rang sau khi va cham, mot nguoi di
chuyén tiép voi van toc v, (t) = 6 — 3t mét trén gidy, nguoi con lai di chuyén véi vén toc v,(t) =12 — 4t
mét trén gidy. Tinh khoang cach hai xe khi di ding han.

A. 25 mét. B. 22 mét. C. 20 mét. D. 24 mét.
Cau 33. Mot vat chuyén dong trong 3 gid véi van toc V(km/ h) phu thudc vao thoi gian ¢ (h) c6 6 thi
van tdc nhu hinh bén. Trong khoang thoi gian 1 gid ké tir khi bat dau chuyén dong, do thi d6 1a mot phan
cua dudng parabol c¢6 dinh / (2;5) va truc ddi ximg song song voi truc tung, khoang thoi gian con lai do

thi 1a mot doan thang song song véi truc hoanh. Tinh quing dudng ma vat di chuyén dugce trong 3 gior do.
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v(km/h)

t(h)

0 1 2 3 4 5

A. 15 (km). B. % (km). C. 12 (km). D. 3_35 (km).

Céu 34. Mot vat chuyén dong trong 6 gio v6i van toc v (km / h) phu thudc vao thoi gian t(h) ¢ d6 thi

nhu hinh du6i. Trong khoang thoi gian 2 gio tir khi bat dau chuyén dong, do thi 1a mot phan duong
Parabol c6 dinh 7(3;9)va c6 truc doi xirng song song véi truc tung. Khoéng thoi gian con lai, do thi van

toc 1a mot duong thang c6 hé s6 goc bang i— . Tinh quang dudng , ma vat di chuyén dugc trong 6 gio?

Al %(km). B. 9 (k). C. 40(km). D. %(km).

Céu 35. Mot nghién ctru chi ra rang sau x thang ké tir bay gio, dan sb ctia thanh phd A sé& tang voi toc do
v(x)=10+ 2/2x+1 (ngudi/thang). S6 dan ting thém ctia thanh phd trong 4 thang téi gan nhat voi két
qua nao sau day?

A. 77, B. 47. G 57. D. 67.

Cau 36. Trong mot dot xa 10, nha may thay dién Ho HO da xa Iii trong 40 phut Véj toc do Iuu lwgng nude
tai thoi diém ¢ gidy 1a o (t) = 10t + 500 (m 3 5) . Hoi sau thoi gian xa 14 trén thi ho chira nude ctia nha
may da thoat di mot lugng nude 1a bao nhiéu?

A. 25 triéu khdi nuéc.  B. 45 triéu khoinuée.  C. 35 triéukhdinuée.  D. 30 triéu khoi nude.
Ciu 37. Sau ¢ gio 1am viéc mot ngudi cong nhan ¢6 thé san xuit véi toe do 1a g (t) =100 +e¢ " don vi
san pham trong 1 gio. Gia sir nguoi d6 bét diu lam viée tir lac 8 gio sang. Hoi nguoi do & san xuét dugc
bao nhi€u don vi san pham gitra 9 gio sang va 11 gio trua? 7

A. 201,76 don vi san pham. B. 200,76 don vi san pham.

C. 202,76 don vi san pham. D. 203,76 don vi san pham dong.

Cau 38. Mot cong ty san xuat san pham A, gia sir chi phi can bién khi x san pham dugc san xuét 1a
q (x) = x° - 6x2 +40 USD/ san pham. Hoi tong chi phi san xuét sé ting 1én bao nhiéu néu san pham san
Xudt ra tang tir 3 san pham dén 7 san pham?

A. 180USD. B. 160USD. C. 108USD. D. 106 USD.

Céu 39. Ban An xdy mot bé ca hinh tron tim O ban kinh 10m va chia n6 thanh 2 phan nhu hinh vé& sau.
Ban An sé tha ca canh v&i mat d6 4 con ca canh trén 1m? & ph?m bé gidi han bdi duong tron tdm O va
Parabol c6 truc d6i xtmg di qua O va chtra O. Goi S 14 phan nguyén ciia dién tich phan tha c4. Hoi ban An
tha duoc bao nhiéu con c4 canh trén phan bé c6 dién tich S, biét 4,B €(0) va AB=12m?
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A. 560. B. 650. C. 460. D. 640.
Cau 40. Mot cai cong hinh parabol nhu hinh v&. Chiéu cao GH =4m, chiéu rong AB=4m,

AC = BD =0,9m .Chii nha 1am hai canh cong khi déng lai 13 hinh chit nhat CDEF t6 dam gia la 1200000

dong/m?, con cac phan dé trang 1am xién hoa c6 gia 1a 900000dong/m?.
G

Hoi tong chi phi dé 14 hai phan néi trén éﬁn nhét v6i s tién nao dudi day?
A. 11445000 (ddng). B. 7368000 (dong). C. 4077000 (d6ng). D. 11370000 (d6ng)
D. SO PHUC.

Vin dé 1. Cau héi Iy thuyét.

Cau 1. Cho hai s6 phiic z=a+bi (a, beR) vaz=d+b'i (a, b ER). Diéu kién giita a, b, a', b’ dé
z+Z 1amot sb 4o 1a
+a'=0 +a'=0
A. b+b =0. B. Y4 T, c. 9T, D. a+d =0.
b+b'#0 b+b'=0
Cau 2. Cho sb phitc z=a+bi (a,b € R) tly y. Ménh dé nao sau day diing?
A. Mb dun ctia z 12 mot sd thue duong.
B. 2’ = |z|2.
C. Sé phtrc lién hop cia z ¢6 mé dun bang mé dun cia sb phirc iz.
D. biém M (-a;b) 1a diém biéu dién cta z.
Cau 3. Cho sb phitc z=a+bi véi a, b 1a cac sd thuc bat ky. Ménh dé nao sau day ding?
A.Phan 4o cia z 1a bi. B.Modun cia z> bang a® +b>.
C. z -7 khong phai la so thuc. D. S6 z va z ¢6 médun khac nhau.
Cau 4. Chosb phic z=a+bi (a,b eR,a,b# 0) . Ménh dé nao sau day dang?
A z—zeR. B. ;2 = |z|2. C. ‘;.z’l‘ =1. D. ‘Z;‘ =|Z|2.
CAu 5. Cho hai s phtc z va Z. Trong cac ménh dé sai, ménh dé nao sai?
A.|z + Z'| = |z| +12']. B. |Z.Z’
Cau 6. Cho sb phitc z=a+bi (a,b € ]R) . Khang dinh nao sau day sai?
A. |z|=~a* +b* . B.Z=a-bi. C. z* la s thyc. D. zZ lasd thyc.

z' 7. C.zz=z7. D.z+z=z+Z.

=|4l

Vin dé 2. Cac phép toan sb phirc.
Cau 7. Xac dinh phan 4o cua sé phuc z=18-12i .

A, —12. B. 18. C.12. D. —12i.
Cau 8. S6 phuc lién hop cuia s6 phic z=1-2i 1a
A 1+2 B.—1-2i C.2—i D.—1+2i
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Cau 9. Tinh modun ciia s6 phirc z=4-3i.

A |7=7. B. |2|=+7. C.|=5. D. |o|=25.
Cau 10. Cho sb phuc z, =147 va z, =2-3i. Tim s6 phuc lién hop ctia s6 phitc W=z, +2z,?
A w=3-2i. B. w=1-4i. C.w=-1+4i. D. w=3+2i.

Cau 11. (KY THI TOT NGHIEP THPT QUOC GIA - PQT 1 - NAM 2020 -2021)

Cho s6 phirc iz =5+4i . Sé phirc lién hop ciia z 1a

A. Z=4+5i B. Z=4-5i. C.zZ=—4+5i D. Z=4-5i
Cau 12. (KY THI TOT NGHIEP TRUNG HQC PHO THONG NAM 2020)

Cho hai s6 phtc z=1+2i va w=3+i. Modun cia sb phuc zw bing

A. 52 B. \26 C. 26 D. 50.
Cau 13. Tinh médun cua s6 phic z = (1- 21‘)[2 +i+i(3- 2i)] )
A. |z|=4410. B. |z|=445. C. |2|=160. D. |z|=2410.
Céu 14. Biét — = a+bi, (a,beR). Tinh ab.
3+4i
12 B. -2 c.-12 p. 2,
625 625 25 25
Cau 15. Cho sb phirc z=1+i.Khi d6 2] béng
A2, B. 2. C. 4. D. 1.
Cau 16. Tinh modun cua s6 phtc 1a nghich dao cua sé phtc 7z = (1- 2i)2 .
AL B. /5. c. L. p. L.
J5 25 5
A A ) 1 3 . 3 A ’ 2
Cau 17. Cho s06 phtic Z=—§+71. Tim sO phltc w=1+2z+z".
1 3
A. 2—\/§i. B. 1 C.0. D. _54‘%1..
2018 2018
P=[1++/3i 1-/3i
el L B EL
A.P=2 B.p=2"" C.p=2"" D.P=4
Cau 19. Tinh S =1+i+it o+ 8
A. S=—. B. S=1+i. C.S=1-i. D. S=i.
Cau 20. Tinh S =1009 +i+2i* +3i° +...+ 2017
A. S=2017-10091. B. 1009+2017i. C. 2017+1009i. D. 1008 +1009:.

22|=3,

Cau 21. Cho c4c s phuc z,, z, , z, théa man: |z|=4, z,|=2 va |4z,z, +16z,z,+9zz,| = 48.
Gia trj ciia biéu thirc P = |z1 +2z, + z3| bang:

Al B. 8. C.2 D. 6
Ciu 22. Cho céc s6 phitc #, 2, % thoa man 2 didu kién |z |=|z,| =z =2017 va 7 ¥ 22+ 2 # 0.

|zlz2 + 2,2, + 2,2, |

Tinh P = .
Zl +22 +Z3
A. P=2017. B. P=1008,5. C. P=2017" D. P=6051.
. . . 5i
Cau 23. Cho 50 phirc z théa man |z|=1. Tim gia tri 16n nhat cua bieu thie 4= 1+
z
A. 5. B. 4. C. 6. D. 8.

Cau 24. Cho s6 phtic z théa man |z| = 1. Tim gia tri 16n nhat cta biéu thirc P = |1 + z| + 3|l —Z|.
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A. 315. B. 645. c. v20. D. 24/20.

Cau 25. Trong cac sb phirc z théa méin |z—i| =|E—2—3i|. Tim s6 phtic z c6 modun nho nhat.
A. z=2—7+§i. B. z=—§—2i. C. z=—§+£i. D. z=§—§i.
55 5 5 5 5

Cau 26. Cho s6 phirc z thoa man ddng thoi hai diéu kién |z -3 —4i|=+/5 va biéu thic
M=|z+ 2|2 ~|z- i|2 dat gia tri 16n nhat. Modun cua sd phitc z—2—i bang
A 5. . ) B.9. ) C. 25. D.5.
Cau 27. (KY THI TOT NGHIEP THPT QUOC GIA — PQT 1 — NAM 2020 -2021)
Xét cac sb phirc -,y théaman |z|=1 va |w|=2.Khi | Z+iw—6-8i | dat gi4 tri nho nhét, z—w bang
J221 B.AS.

A —.
5

C.3. D.

m‘ﬁ‘
O

Vin dé 3. Phuong trinh bac nhit - bac hai trong tip sé phirc

Cau 28. Trén tap sb phtrc, cho phuong trinh: az* + bz +c =0 (a, b, ce R) . Chon két luan sai.
A. Néu b=0 thi phuong trinh c6 hai nghiém ma tong bang 0.
B. Néu A =b? —4ac < 0 thi phuong trinh ¢6 hai nghiém ma médun bang nhau.
C. Phuong trinh luon c6 hai nghiém phuec 1a lién hop cta nhau.
D. Phuong trinh luon c6 nghiém.
Chu 29. Cho sb phirc z théa man (2—i)z—2=2+3i. Modun cta z la:

53 55

A. |7=5. B. |z|:T. C. |z|=T. D. |z|=+5.
Cau 30. Tim m6 dun cia sb phirc z thoa 3iz+(3—i)(1+i)=2.

A. |Z|=£. B. |Z|=£. C. |Z|=ﬂ. D. |Z|=ﬂ.

3 2 2 3

Cau 31. Tinh mé dun cia sb phirc z biét (l+2i)z2 =3+4i.

A lz|=+5. B. |z|=5. C. |z|=245. D. |2|=5.
CAu 32. Phuong trinh z> +3z+9 =0 c6 hai nghi¢m phtic z, z,. Tinh S=2zz, +2z +z,.

A. S=-6. B. §=6. C.S=12. D. S=-12.

Cau 33. (D& tham khio BGD niam 2017-2018) Goi z va 2 14 hai nghiém phirc cia phuong trinh
4z’ —4z+3=0. Gid tri cta biéu thirc |z |+|z,| bang
A 32 B. 2\3. c.3. D. V3.

Cau 34. Goi z va z, l1a hai nghiém phtic ciia phuong trinh z> — 6z +11= 0. Gia tri ciia biéu thirc

|3zl|—|22| bang
A. 22, B. 11. C. 2411 D. J11.

Cau 35. Goi z, z, 1a hai nghiém phirc ctia phwong trinh z*> —2z+2=0. Tinh T = |zf°18| + |222°18|
A.T=0. B. T=2%". Cc.T=1. D. 7=2""°.

Cau 36. (KY THI TOT NGHIEP TRUNG HQC PHO THONG NAM 2020)

Goi z, 1a nghiém phtrc c6 phan ao duong ctia phuong trinh z* + 6z +13 = 0. Trén mit phing toa do, diém
biéu dién s6 phirc 1—2z, 1a

A. N(-2;2) B. M(4;2) C. P(4-2) D. 0(2;-2)
Cau 37. Cho m 1a s6 thuc, biét phuong trinh z> +mz+5=0 c6 hai nghiém phtic trong d6 c6 mot nghiém
c¢6 phan a0 1a 1. Tinh tong moédun ciia hai nghiém.
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A3 B. V5 c. 25 D. 4
Cau 38. Tim tong cac gia tri cta tham sb thuc ¢ sao cho phuong trinh z2 +3z+4> —2a =0 c6 nghiém
phtc z, thoa |ZO| =2.

A 0. B.2. C.6. D. 4.

Van dé 4. Diéu kién cua bai toan c6 chira modul, so phirc lién hop

Chu 39. Néu 2 s6 thye x, Y théa: x(3+2i)+ y(1-4i)=1+24i thi X+ bing

A 4. B.3. C.2. D. 3.
CAu 40. Tim sb thuc m sao cho (m2 —1)+(m+1)i 1a 6 ao.
A. m=0. B. m=1. C. m==l. D. m=-1.
Cau 41. C6 bao nhiéu s6 phirc z théa min (1+i)z+(2—i);=13+2i?
A 4. B. 3. C. 2. D. 1.
Cau 42. C6 bao nhiéu s phirc z théa man |z|=|z+E|=1?
A. 0. B. 1 C. 4. D. 3.
Céu 43. Tim sb phirc z théa mén |z—3| =|z—1| va (z+2)(2—i) 1a s6 thuc
A. z=2 B. z=-2+2i C.z=2-2 D. khong c6 z
Cau 44. Cho s phtic z=a+bi(a,beZ) thoa min |z+2+5i|=5 va zz =82. Tinh gia trj cha P=a+b.
A. 10 B. -8 C. 35 D. -7
Céu 45. Cho s6 phirc z=a+bi (a, beR) théa man z+1+3i—|z|i=0. Tinh S=a+3b.
A.S:; B. S=-5. c. =5, D.S:—;

Céu 46. (D& tham khio BGD nim 2017-2018) Cho sb phitc z=a+bi (a,b€R) théa man
z+2+i—|z|(1+i)=0 va |z| >1. Tinh P=a+b.

A.P=-1. B. P=-5. C. P=3. D. P=T7.
Cau 47. Cho hai s phirc z,, z, thoa man |Zl|:1, |ZQ|:2 va |Zl +22| =3. Gia tri ctia |Zl _ZQ| la

A. 0. B. 1 C.2. D. 3.
CAu 48. Tim modun ciia s6 phitc z biét z—4=(1+1)|z]—(4+3z)i.

A. |z|=%. B. |z|=2. C.|7=4. D. |z|=1.

Cau 49. Tinh modun cta s6 phitc z théoa man: 3z.Z + 2017(2 —E) =48-2016i.

A. |2|=4. B. |2]=+2016. C. |z|=~2017 . D. |z|=2.

n £ , R © o A \ L. . o e,
Cau 50. Cho s6 phtic z thod man— 1a so thuc va |z—2| =m voi meR. Goi m, 1a mot gia trj cua m
z

dé c6 dung mot sd phirc thoa man bai toan. Khi do:
1 1 3 3
A. mye| 0;— |. B. mye|l —;1|. C.mye| —;2|. D. mye| L= |.
2 2 2 2
Vin dé 5. Piém biéu dién ciia sé phirc
Cau 51. Gia st 4,B theo thr tu 1a diém biéu dién ctia s6 phirc z,, Z, . Khi d6 d6 dai doan AB bang

A. |22 +Zl|. B. |Z2 —Zl|. C. |Zl|+|22|. D. |Zl|—|22|.

35



Céu 52. Trong mit phing phirc, goi M 1a diém biéu dién cho sb phirc (z - ;)2 voi z=a+bi
(a, beR, b+ 0) . Chon két luan duang.

A. M thuoc tia Ox . B. M thuoc tia Oy .
C. M thuoc tia d6i cua tia Ox . D. M thudc tia dbi cua tia Oy .
Céu 53. Diém M (3;—1) 1a diém biéu dién ctia sd phirc nao sau day?
A, z=—1+3i B. z=1-3i C.z=3-i D. Z:—3+yi
Cau 54. (D¢ tham khio BGD nim 2017-2018) Diém m trong hinh vé& bén 14 digm biéu dién $6 phirc
A. z=-2+i. B.z=1-2i. C.z=2+i. R e
Céu 55. Trong hinh v& dudi ddy, M 1a diém biéu din cua sé phuc z . i
Jh -2 0 | X
| ——.
17 5 ¥

Sé phurc z 1a
A.2-i. B. 1+2i. C.1-2. D. 2+i.
Céu 56. Diém nao trong hinh v& dudi day la diém biéu dién ciia s phie z=(1+i)(2-i) ?

P ¢
N M
| sl 4 il
1 1
I 3 1
1 1
1 1 a
S B '
1 1 i X
,:3 -2 -1 0 1 2 3
b - -
P
-2
A. P, B. M. C. N. D. 0.

Céu 57. Cho s6 phitc z thoa mén (2 +i )Z =10-5i. Hoi diém biéu dién s6 phic z 1a diém nao trong cac

diém M, N, P, O trong hinh vé& sau ?

.}!
N 4 M
-3 0 e A s
P 4 Q |
A. Piém Q. B. bi¢m M. C. biém P. D. Piém N .
Céu 58. Cho sb phitc z=2—i. Trén mit phang toa dd Oxy, tim diém biéu dién sé phirc w =iz .
A M(-1;2). B. M(2;-1). C. M(21). D. M (1;2).

Cau 59. Cho sb phtic z théa man iz+2—i =0. Khoang cach tir diém biéu dién ctia z trén mit phing toa
d0 Oxy dén diem M (3;-4) la

A5, B. V13, c. 410 D. 2.

36



Céu 60. Cho s6 phirc z thoa man diéu kién Z—(2 +3i)E =1-9i.Sé phic w= i c¢6 diém biéu dién 1a

iz
diém nao trong cac diém A4, B, C, D & hinh vé sau?
yA
C 1 D
% | }
2 o 2
13 A
A.Diém D. B. Diém C. C.Dbiém B. D. Diém A.
Cau 61. SO phtic z dugc biéu dién bdi mot diém trén mat phang toa d§ Oxy nhu hinh vé:
I 94
10 1 X
Trong céac hinh duéi day, hinh nao c6 thé 1 diém biéu dién cua s phirc @ = =?
z
y
J y
w
v IR I
o 1 =
1 X
[0)
A. B
y
y 0
p 1
0] 1 x 0 1 x
o
w
C. D.

Vin dé 6. Van dung cac tinh chit hinh hoc dé giai toin vé s6 phirc

Cau 62. Cho A, B, C tuong tmg 1a cac diém trong mat phang Oxy biéu dién cac sb z, =1+2i ,

z,=—245i, z, =244i . S6 phic z biéu dién boi diém D sao cho tir giic ABCD 14 hinh binh hanh la
A. —1+7i. B. 5+i. C. 1+5i. D. 3+5i.

Ciau 63. Trong mit phang toa dd Oxy, goi M 14 diém biéu dién sé phirc z=3—4i; M 1a diém biéu dién

cho sb phiic z'= I—;Zz . Tinh dién tich tam giac OMM'.
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25 25 15 15

A Sy = — B. Syom =5 C. Saoun =7 D. S, = —
CAu 64. Cho cac s phirc z,, z, théaman |z|=3, |z,|=4, |z, —z,|=5. Goi 4, B lan luot la céc diém
biéu dién sb phirc z,, z, trén mat phing toa do. Tinh dién tich S ciia AOAB vé6i O l1a gbc toa do.
A. S=52. B. S=6. C.S:%. D. S=12.
Cu 65. Cho hai s6 phirc 7, z, théa man |z|=|z,|=1.Khi d6 |z, + z,' +|z, — z,| bing
A. 2. B. 4. C.L D. 0.

CAu 66. Cho 4, B 1a hai diém biéu dién hinh hoc s phtre theo thir ty z,, z khac 0 va thoa méan déng
thic z§ +212 =z,z,. Tam gidc OAB la tam giac gi? Chon phuong 4n dung nhét.

A. béu B. Céan tai O C. Vuong tai O D. Vudng can tai O
CAu 67. Cho hai s phirc 2,2, thod min |z,|=6,|z,|=2. Goi M, N la céc diém biéu dién cho Zva iz,.
Biét MON =60°. Tinh T - |20 +923].

A. T=18. B. T=243. C.T=362. D.’T=36\/§.

Cau 68. (Pé tham khao danh gia nang luc 2021-DH Quoc Gia Ha N§i) Xét cac so phuc z thda man
|Z +2+ z'| = |E+ i| . Tap hop diém biéu dién cac s6 phirc z 1a dudng thang c6 phuong trinh

A x—y+1=0. B. x+y+1=0. C. x+1=0. D. 2x+2y+3=0.
Cau 69. Cho sb phirc z = x + yi (x,y € R) thoa man z+2 —l'—|z|(l —z') =0. Trong mit phang toa do

Oxy, diém M 1a diém biéu dién ciia s6 phic z. Hoi M thudc dudng thang co phuong trinh nio sau day?
A. x-y+5=0. B. x-y+2=0. C.x+y-2=0. D. x+y+1=0.
Cau 70. Trén mit phang Oxy, tap hop diém biéu dién s6 phic z théa méan |Z — i| = |iz| la

A. Puong thang y=2. B. Puong thang y= —; .
C. Puong thang y =% . D. Duong tron tam 7(0; 1).

Cau 71. Tap hop tat ca cac diém biéu dién cac s6 phiic z thoa man: ‘;+2—i‘ =4 1a dudng tron c6 tam [
va ban kinh R 1an luot 1a

A. I(-2-1);R=4. B. I(-2;-1); R=2. C. I1(2-1);R=4. D. I(2-1); R=2.
Cau 72. Cho sb phtic z théa méan diéu kién |z -3+ 4i| < 2. Trong mit phang Oxy tap hop diém biéu dién

s6 phttc w=2z+1—i 13 hinh tron c6 dién tich 1a

A §S=9r. B. S=12r. C. S=16r. D. §=25r.
. . A . 5 z
Cau 73. Trong mat phang Oxy, tap hop cac diém bicu dién cac sO phic z théa man di€u kién —‘ =3
7
la
\ \ 2 2 9 9 \ \ 2 2 9 9
A. Pudng tron x° + y —Zx—gzo. B. Duong tron x~ + y —Zx+§=0.
\ \ 2 > 9 9 \ A . 9 \ 1
C. buong tron x° + y +Zx+§=0. D. Buong tron tam [ O,g va Rzg.

Cau 74. Cho cac s6 phic z thoa man |z - i| =5 . Biét rang tap hop diém biéu dién sé phic w=iz+1—i
la duong tron. Tinh ban kinh ctia dudng tron do.
A. r=20. B. r=22. C.r=4. D. r=5.
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Cau 75. Cho s6 phirc z thoa man (z—2+i) (2—2—1') =25 Biét tap hop cac diém M biéu dién s6 phuc
w=2z-2+3i la duong tron tam ](a;b) va ban kinh ¢ . Gia tri ctia a+b+c béng
A.17. B. 20. C. 10. D. 18.

Cau 76. Tim tap hop céc diém biéu dién cac s6 phirc z thoa man diéu kién |z —2|+|z+2|=10.

2 2

A. Duong tron (x-2) +(y+2) =100. B. Elip ’26—5+y7:1.
2 2
C. Duong tron (x—2)2+(y+2)2:10. D. Elip ;—5+%:1.

liz—i+1]=2
?
|z—1|=|z+2i|
A.2. B. 0. C. C6 v $6 s0. D. 1.
Cau 78. Cho s6 phirc z théa méin |z —1/=2. Goi M va m 1a gia tri 16n nhit, nho nhét ciia |z|. Tinh

M+m.

Cau 77. C6 bao nhiéu s6 phirc z théa min diéu kién {

A 3. B. 2. C. 4. D. 5.

Céu 79. Cho s6 phirc z thoa man |Z—1+ 2i| = 3. Tim modun nho6 nhét cia sé phic z—1+i.
A4 B. 22. c.2 D. V2.

Cau 80. Cho céc s0 phirc z thod man |z|=2. Dit w=(1+2i)z—1+2i. Tim gi4 trj nho nhét cua |w].
A. 2. B. 3./5 . C. 2. D. 5.

Cau 81. Cho s6 phtic z théa mén: |z +2i —1| = |z+z'| . Trong mit phang Oxy, z dugc biéu dién boi diém
M . Tim z sao cho d9 dai doan MA ngan nhét véi A(1,3) )

A. 3+i. B. 1+3i. C.2-3i. D. —2+3i.
Chu 82. Néu z 1 s phitc thoa |2 == +24] thi gid tri nho nht cia biéu thite [z—1+|z—4] 1a
A 2. B. /3. c. 4. D.5.

Céu 83. Cho s6 phirc z thoa min 5|z—i|=|z+1—3i|+3|z—l+i|. Tim gia tri 16n nhat M cia |z—2+3i|
?

A.M:? B. M=1+y13 c. M=4/5 D. M=9
Ciu 84. Cho so phtc z,, z, théa min |Zl| =12 va |Z2 —3—4i|=5. Gia tri nhé nhat cua |Z1 —ZZ| la
A. 0. B. 2 C.7 D. 17
+1

Cau 85. Goi M va m lan luot 1a gia tri lon nhét va nho nhat cia P=|—, véi z 1asd phtrc khac 0

z

~ ce o x M
va thoa man |z| >2. Tinh ty sO0 —.
m

A, —=5 B.
m

=3 C.

D.

M M M M
m m m

1
3

AW
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PHAN II. HINH HQC

Vin dé 1. H¢ toa dd trong khong gian.
Caul. Cho OA=2i+4j—6k va OB=9i+7j+4k.Vecto AB co toadd la

A. (7;3;10). B. (-7;-3;-10). C. (11;11;-2). D. (7;-3;10).
Chu 2. Cho doan thing AB c¢ trung diém I . Biét A(2;1;-1), 1(1;2;0). Khi d6 diém B c6 toa do la

A. (L-L-1). B. (3;0;-2). C. (0;3;1). D. (-LL1).
Ciu 3. Cho hinh binh hanh 4BCD, biét A(LL1), B(—2;2;3), C(—5;—2;2). Toa d¢ diém D la

A. (—2;-3;0). B. (2:3;4). C. (—23;0). D. (—8—14).
Caud. Cho diém A(3;-1;1). Hinh chiéu ciia diém 4 trén mit phang (Oyz) la diém

A. M(3;0;0). B. N(0;-L1). C.P(0;-1,0). D.P(0;0;1).

Cau 5. Cho diém M (l; 2;3). Goi H 1a hinh chiéu vuong goc cia M trén truc Oz. Diém ddi ximg voi
M qua H c6 toa do:

A. (0;0;3). B. (1;2;-3). C. (-1,-2-3). D. (-1;-2;3).
Cau 6. Cho hai diém B(0;3;1), C(—3;6;4). Goi M 1a diém nam trén doan BC sao cho MC =2MB .
Tinh toa d¢ di€ém M .

A M(—1;4;,-2). B. M(—1;4;2). C. M(1;—4;-2). D. M(—1;—4;2).
Cau 7. Cho ba diém A(2;—1;1);B(3;—2;—1) . Tim toa d¢ giao diém cua duong th:fmg AB va mat phéng
(yOz)?

5 3

A. E;_E;O B. (0;-3;-1) C. (0;1;5) D. (0;-1;-3)

Cau 8. Cho vécto a=(2;—2—4),h=(L;—1;1). Ménh dé ndo dudi day 1a ménh dé sai?

A.a+b=(3-3-3). B.a vab cingphuong. C. ‘l;‘:\/g. D.alb..

Cau 9. Cho saudiém 4(1;2;3),B(2—1;1),C(3;3;—3),4',B',C’ théaman A’A+B'B+C'C=0. Goi
G'(a;b;c) 1a trong tam tam giac A’B'C’. Gia tri 3(a +b+ c) bé“mg

A. 6. B. 1. C.11. D. —3.
Cau 10. Cho A(-1;-1;0), B(3;1;-1). Diém M thugc truc Oy va cach déu hai diém 4, B c6 toa do la:
A. M 0;—2;0 . B. M 0;2;0 . C. M O;—g;O . D. M 0;2;0 .
4 2 2 4

Céu 11. Cho ba diém A4(;1;1), B(—1;1;0),C(3;1,—1). Diém M (a;b;c) trén mit phang (Oxz)céch déu 3
diém A,B,C.Giatri 3(a+b+c)bing
A. 6. B. 1. C. 3. D. —1.
, 4 .
Cau 12. Cho hai diem M (2;2;1), N[—g;g;g]. Tim toa d6 tim dudng tron ndi tiép tam giac OMN .

A. I(1;151). B. 1(0;1;1). C. I(0;—L—1). D. I(1;0;1).
Céu 13. Cho tam gidc ABC ¢6 A(1;2;—1), B(2;—1;3), C(—4;7;5). Goi D(a;b;c) la chan dudng phan
giac trong goc B cua tam giac ABC . Gia tri ciia a +b+2c bing

A. 5. B. 4. C. 14. D. 15.
Cau 14. Cho hinh hop ABCD.AB'C'D' ¢ A(0;0;0), B(a;0,0); D(0;2a;0), 4'(0;0;2a) véi a#0. Do
dai doan thang AC' la:

A.Jd. B. 2a|. C. 3ld. . Jlal.
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Cau 15. Goc gitta hai vecto ivau= (—\/5; 0;1) la

A. 120°. B. 30°. C. 60°. D. 150°.
Céu 16. Cho ba diém A(-1;,-2;3);B(0;3;1);C(4;2;2). Césin cua goe BAC bang
= R 9 oo

Cau 17. Cho A(l; 2;0) , B(Z;—l;l). Tim C c6 hoanh d6 duong trén Ox sao cho tam giac ABC vudng
tai C.

A. C(3;0;0). B. C(2;0;0). C. C(1;0,0). D. C(5;0;0).
Ciu 18. Cho ba diém khong thang hang 4(-1;2;4), B(-1;1;4), C(0;0;4). Tam gidc ABC la tam giac

i?
¢ A. Tam giac tu. B. Tam giac vuodng. C. Tam giac déu. D. Tam giac nhon.
Cau 19. Cho ba diém M(2;3;—1) , N(—l;l;l) , P(l;m—l;3). Tim m thi tam giac MNP vudng tai N
A. m=3. B. m=1. C.m=2. D. m=0.
Cau 20. Cho hai vecto 21,5 khac 0. Két luan nao sau day sai?

Alasb|=3[ab].  B.[2ab]=2[ab].  C.[343b]|=3[ab]D.

[ZI,B}‘ = \&\.\B\.sm(&j) .

Cau 21. Cho u = (5;1;2), v=(=Lm;m—2). Khi 46 [u,v] =14 thi
A.mzl,m:—%. B.m:—l,m:—%. C.m=1l,m=-3. D. m=—1.

Cau 22. Cho A(1;-2;0), B(1;0;-1), C(0;—-1;2), D(=2;m;n). Trong cac h¢ thirc lién hé gitra m,n dudi day,
hé thirc nao dé bén diém 4, B, C, D déng phéng?
A. 2m+n=13. B. 2m—-n=13. C. m+2n=13. D. 2m-3n=10.
Cau 23. Trong khong gian Oxyz cho tit dién ABCD c¢6 A(O; l;l), B(— 1;0;2), C(— 1;1;0) va
D(2;1;—2). Tinh thé tich khi tir di¢n ABCD.
5

A2 B. S. c.2. D. 2.
6 2 3

Cau 24. Cho tir diégn ABCD c6 A(0;1;-1); B(1;1;2);C(1;,-1;0);D(0;0;1) . Tinh dd dai dudong cao AH
cua hinh chop A.BCD .

A3V2 B.2\2 . C.ﬁ. D.ﬁ.

2 2
Cau 25. Cho tit dién ABCD cb6 A(Z;—l;l), B(3;O;—1) C(Z;—l;3), D € Oy va c6 thé tich bang 5.
Tinh tong tung d6 cta cac diém D.
A. —6. B. 2. C.7. D. —4.
Ciu 26. Cho hai diém 4(9;-3;4),B(a;b;c). Goi M, N, P 1an lugt 1 giao diém cta duong thing AB
v6i cac mit phang (Oxy) , (Oxz) ,(Oyz). Biét cac diém M, N, P déu ndm trén doan AB sao cho

AM = MN = NP = PB. Gia tri ctia ab+bc+ca bang
A. —-17. B.17. C.-9. D. 12.
Ciu 27. Cho 4(1;-2;3);B(2;2;4);C(3;-3;2). Tim toa do diém M trén mat phang (Oxy) sao cho:

‘m +MB + M—C‘ ngin nhat?

A. M(2;1;0) B. M (2;-1;0) C. M(0;-1;3) D. M (2;0;3)
Céu 28. Cho ba diém A(-1;2;2), B(3;-1;-2), C(-4;0;3). Toa do diém 7 trén mat phang (Oxz) sao
cho biéu thirc \ﬁ ~21B+ 3E\ dat gi4 tri nho nhét la
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A. 1 —E;O;E . B. I —Q;O;—E . C. I Q;O;E . D. / E;0;—E .
2 2 2 2 2 2 2 2

Cau 29. Cho A4(0;0;-1), B(-L10), C(1;0;1). Tim diém M sao cho 3MA> +2MB> — MC* dat gi4 tri
nho nhét.

A. M[i;l;—lj. B. M(—é;z;— ) C. M(—é;l;—lj. D. M(—é;lﬁj.
4°2 42 4°2 42
Cau 30. Cho céc diém A(—1;2;3), B(6;—5;8) va W:az?qul; voi a, b 1a cac sb thue ludn thay
d6i. Néu ‘W—ZME‘ dat gia tri nho nhét thi gia tri cia @ —b bang
A. —25. B. —13. C.0. D. 26.

Vin dé 2. Phuong trinh mit phing trong hé truc toa d Ozyz .

Céu 31. Cho mit phing (P):x—-2z+1=0. Chon cAu ding nhét trong cac nhin xét sau:

A. (P) diqua goc toadd O. B. (P) song song v6i (Oxy).

C. (P) vuong goc voi truc Oz. D. (P) song song vdi truc Oy .
Cau 32. Bamit phang x+2y—-z—-6=0, 2x—y+3z+13=0, 3x—2y+3z+16 = 0 cat nhau tai diém M .
Toa dd cua M la:

AM(-1;2,-3). B.M(1-2;3). C.M(-1-23). D.M(1;2;3).
Céu 33. Goi m,n 1a hai gid tri thyc théa man: giao tuyén cia hai mit phang (P,):mx+2y+nz+1=0 va
(0,):x—my+nz+2=0 vudng goc voi mit phing ():4x-y—-62+3=0.

A. m+n=0. B. m+n=2. C. m+n=1. D. m+n=3.
Céu 34. Cho diém H (2; L; 2) , H 13 hinh chiéu vudng goc cua gdc toa dd O 1én mit phang (P) , 50 do
goc clia mat phang (P) va mit phang (Q) :x+y—11=0.

A. 60°. B. 30°. C. 45°. D. 90°
Ciu 35. Cho cic diém 4(2;0;0), B(0;3;0), C(0;0;6), D(1;1;1). C6 bao nhiéu mit phang phan biét
di qua 3 trong 5 diém O, 4, B, C, D?

A. 10. B. 5. C.7. D. 6.
Céu 36. Mit phang (Oxy) c6 phuong trinh 1a
A. z=0. B. x=0. C. y=0. D. x+y=0.
Chu 37. Mt phing song song véi mét phang (Oxz) va di qua diém A(1;1;1) c6 phuong trinh la
A. y-1=0. B. x+y+z-1=0. C. x—-1=0. D. z—-1=0.

Cau 38. Cho A(1;—1;5), B(0;0;1). Mat phing (P)chta 4, B va song song voi truc Oy c6 phuong
trinh 1a

A. 4x—-z+1=0. B. 4x+y—-z+1=0. C.2x+z-5=0. D. x+4z-1=0.
Chu 39. Cho hai diém A(1;3;-4), B(~1;2;2). Phuong trinh mt phdng trung tryc ctia doan thing AB la

A 4x+2y—122-17=0. B. 4x+2y+122-17=0.

C.4x-2y-12z-17=0. D. 4x-2y+12z+17=0.

Cau 40. (KY THI TOT NGHIEP TRUNG HQC PHO THONG NAM 2020)
Trong khong gian Oxyz, cho ba diém A(3;0,0), B(0;1;0) va C(0;0;,—-2). Mat phang (ABC) ¢6
phuong trinh 1a

A+ 2o B.2+2+ o1 c.2+2i2o0, D. = +2+Zo1
3 -1 2 31 =2 31 2 -3 1 2
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Chu 41. Cho diém A4(2;4;1); B(~1;1;3) vamat phang (P):x-3y+2z-5=0. Mot mit phang (Q) di
qua hai diém 4, B va vudng goc v6i mit phang (P) ¢6 dang ax+ by +cz—11=0. Khang dinh nao sau la
dang?

A. a+b+c=5. B. a+b+c=15. C.a+b+c=-5. D.a+b+c=-15.
Céu 42. Cho diém A(—2; 0;—2) , B(0;3;-3).Goi (P) la mat phing di qua A4 sao cho khoang cach tir
B dén mat phang (P) 1a 16n nhét. Khoang céch tir gbc toa dd dén mit phang (P) bang

1 4 2 3

Céu 43. Mit phiang («) di qua gdc toa do O va vudng goc v6i 2 mit phing (P):x—y+z-7=0,
(0):3x+2y—-12z+5=0 c6 phuong trinh la

A. (a):2x-3y—-z=0. B. ():10x-15y+5z+2=0.

C. (a):10x+15y+5z-2=0. D. (a):2x+3y+z=0.
Ciu 44. Cho 2 mdt phang (@):x+y+z-3=0;(f):2x— y+z+1=0. Viét phuong trinh mat phang (P)
vudng goc véi () va (f)va khoang cach tor M (2;—3;1)dén mit phang (P) bang J14 . C6 hai mat phang
théa man la:

A. (R)x+2y-3z+16=0va(P,)x+2y-3z-12=0

B. (P)2x+y-3z-16=0Va(P,)2x+y—-3z+12=0

C.(P)2x+y-3z+16=0va(P,)2x+y—-3z-12=0

D. (P)x+2y-3z-16=0 va (P,)2x+y—-3z+12=0
Cau 45. Cho mat phang (P): x+ 2y +2z—10 = 0. Phuong trinh mdt phang (Q) vdi (Q) song song vai (P)
va khoang cach giita hai mat phang (P) va (Q) bang % la

A x+2y+2z-3=0;x+2y+2z-17=0. B. x+2y+2z4+43=0;x+2y+2z+17=0.
C.x+2y+2z43=0;x+2y+2z-17=0. D. x+2y+2z-3=0;x+2y+2z+17=0.

. 2 1
Cau 46. Phuong trinh cua mp di qua ba diem A4(1;0;0), B(0;-1;0), C[O; O;Ej la

A x-y+2z-1=0. B. x-y+2z=0. C.x-—y+2z+1=0. D.x—y+§—l=0.

Céu 47. Viét phuong trinh mét phang (P) di qua diém G(1;2;3) va cét ba truc Ox,Oy,0z lan luot tai
A, B,C sao cho G la trong tdm tam giac ABC .

A x+2y+3z-14=0. B. 2+ 2 c. Xy i D. X+ X 2
6 9 1 2 3 6 3 9

CAu 48. Cho diém M (1;2;5). Mat phing (P) diqua diém M cit truc toa do Ox,0y,Oz tai 4,B,C sao
cho M 14 tryc tm tam gidc ABC . Phuong trinh mit phang (P) 1a

A x+y+z-8=0. B. x+2y+5z-30=0. C.2+2+Z-0. D. 2+ 2421
5 2 1 5 2 1

Cau 49. Cho diém A(1; 2; 3). Goi 4,, 4,, A, lan luot 1 hinh chiéu vuéng goc ciia 4 1én cic mit phang
(Oyz), (Ozx), (O xy). Phuong trinh cta mat phang (4,4,4;) 1a:

Céu 50. Cho diém M'(4;—7;—5), N(3;—9;—10) va céc dudng thang d, d,, d, cing di qua diém N va
lan lugt song song véi Ox, Oy, Oz . Mit phang (P') di qua M cat d,d,, d, lan lugt tai A", B', C' sao
cho M 1a tryc tim AA4'B'C". Phuong trinh mit phing (P') la
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A x42y+52-35=0. B. x4+2y+52435=0. C.24+ L+ Z o, DIy X%
4 7" 5 47" s
Cau 51. Cho diiém A(3;-1;1). Tinh khoang cach tir A dén mat phang Oxy .
A. 1. B. 3. C. 0. D. 2.
Cau 52. Cho mit phang (P):16x-12y—-15z—4=0 va diém A(2;-1;-1). Goi H 1ahinh chiéu cta
diém A 1én mit phang (P). Tinh do dai doan thing AH .
A.S. B. L, c.l p.2.
5 25 5
Céu 53. Cho diém M (1;2;3) goi 4,B,C 1an luot 12 hinh chiéu vuéng goc cia diém M 1én cac truc

Ox, 0y, Oz . Khi d6 khoang cach tir diém 0(0;0;0) dén mat phang (ABC) co gia tri bang
1 6 1
A = B. /6. c.2. D. —.
2 7 J14
Ciu 54. Cho tir dién ABCD véi A4(1;2;3),B(-3;0;0),C(0;-3;0),D(0;0;6). Tinh d6 dai duong cao ha
tir dinh A4 cua tir dién ABCD.
A. 9. B. 1. C.6. D. 3.
Céu 55. Cho hai mit phang (P):5x+5y—5z—1=0va(Q):x+y—z+1=0. Khoang cich gifra hai mat
phang (P) va (Q)bing
NEaCl 2 p. 23
15 15 5
Ciu 56. Cho 4(1;0;0), B(0;6;0), C(0;0;¢), (b>0,c>0) va mat phang (P):y—z+1=0. Tinh
S =b+c biét mit phang (ABC) vudng goc voi mat phing (P) vakhoang cach tir O dén (4ABC) bang
1
3
A. S=1. B.S=+2. C.S5=0. D.S=%.

B.

W | o

Chu 57. X4c dinh toa do diém M’ 1a hinh chiéu vuéng géc cua diém M (2;3;1)1én mat phing
(a¢):x-2y+z=0
5.3

A. M'[2;%;3j. B. M'(1;3;5). C. M'[E;2;Ej. D. M'(3;1;2).

Céu 58. Trong khong gian Oxyz, cho diém 4(-3;2;5) va mit phang (P):2x+3y—5z-13=0. Tim toa
dd diém A’ d6i xting voi diém A qua mat phang (P).

A. 4'(1;8;,-5) B. 4'(2;4;3) C. 4'(7;6;—4) D. 4'(0;1;-3)
Ciu 59. Trong khong gian Oxyz, cho 4(1;0;0),B(0;2;0),C(0;0;1). Tryc tim tam giac ABC c6 toa do
la

A. [i,g,ij B. (21;2). C. (4:2;4). D. [i,g,ij

999 999

Céu 60. Cho A4(0;1;2), B(0;1;0), C(3;1;1) va mit phang (Q):x+y+z-5=0.Xétdiém M thay doi
thudc (Q). Gia tri nho nhat cta bicu thie MA4> + MB* + MC” béng

A2, B.0. C.8. D.10.
Chu 61. Cho mit phing (a):x+y+z-4=0 vabadiém 4(1;2;1), B(0;1;2) va C(0;0;3). Piém
M (x;y;z) thude (e) sao cho \m +3MB + 4%\ dat gié tri nho nhét. Tinh gi4 tri biéu thirc
P=x+y+z.
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A. 3. B. L. c.2. D. 4.
3 3
Chu 62. Cho hai diém 4(2;-2;4),B(-3;3;—1) va mitphang (P):2x—y+2z-8=0.Xét M 1a diém

thay doi thudc (P), gid tri nho nhét cia 2MA4” +3MB” bang:

A. 135. B. 105. C. 108. D. 145.
Ciu 63. Cho tir dién ABCD co diém A(1;1;1), B(2;0;2), C(-1;-1,0), D(0;3;4). Trén cac canh 4B,
AC, AD lan luot lay cac diém B, C', D' thoa: AB + AC + AD =4 . Viét phuong trinh mit phang
AB" AC" AD'
(B'C'D') biét t dign AB'C'D' c6 thé tich nho nhat.
A.16x+40y+44z-39=0. B. 16x-40y—-44z+39=0.
C.16x-40y—-44z-39=0. D. 16x+40y—44z+39=0.

Céu 64. Trong khong gian voi hé toa do Oxyz , cho mit phang (P):x+y—z+2=0 va hai diém
A(3;4:1); B(7;—4;-3). Piém M (a;b;c)(a>2) thuge (P) sao cho tam gidc ABM vudng tai M va co
dién tich nho nhat. Khi d6 gia tri biéu thitc 7 = a+ b+ c bang

A.T=6. B.T =8. C.T=4. D.T=0. ’
Cau 65. Trong khong gian véi hé toa d0 Oxyz, cho ba diém A(1;0;0), B(0;m;0),C(0;0;1) voi m,n 1a cac so

thuc duong thoa mén 3mn = 4ym” +n* . Mit phing qua 4 vudéng goc véi OA cit dudng thang qua O
vudng goc voi mit phang (ABC) tai diém H. Tinh OH ?
A. é B. i C.

3 D.
4 5 4

[SSHINN

Vién dé 3. Phwong trinh mit ciu

Cau 66. Cho tam giac ABC. Tap hop cac diém M trong khong gian thoa man hé thirc
M—A+W+M—C‘=a(a>0) 1a

A.Mit cau ban kinh R —g B. Puong tron ban kinh R = 4
C. Mit cau ban kjnh R=a. D. Boan théng (\:(’) do dai bﬁng a.
Cau 67. Cho hai diem A(-2;1;0), B(2;-1;2). Phuong trinh ctia mat cau c6 duong kinh 4B 1a
A. x2+y2+(z—1)2=@. B. x2+y2+(z—1)2=\/8.
C. x2+y2+(z—l)2=24. D. x2+y2+(z—1)2=6.
Céu 68. Phuong trinh mit cau tim 7(-1; 2;0) va di qua diem A4(2;-2;0) 1a
A. (x+1)2+(y—2)2+222100. B. (x+1)2 (y—2)2+22=5
C. (x+1)"+(y-2)" +z* =10. D. (x+1) +(y-2) +2* =25

Cau 69. Goi (S)1a mit cu di qua 4 diém 4(2;0;0), B(1;3;0), C(-10;3), D(1;2;3). Tinh ban kinh R
cua ()

A R=242. B. R=3. C. R=6. D. R=+6.
CAu 70. Cho mit cau (S):x*+y*+2°—2x—-4y-62=0 cit cac truc Ox, Oy, Oz lan luot tai cac diém
A,B,C (khic O).Phuong trinh mit phing (4BC) la

AX Y 2y, B.2+2: 221, c. Xy 2 2. p. 24X 2.

2 4 6 2 4 6 2 4 6 2 4 6
Céu 71. Cho diém 7(-1;2;3) vamp(P):4x+y—z—1=0. Viét ptrinh mit cau tm / va tiép xtc véi

(P).
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A 1) +(y=2) +(z=3) =2. B. (x+1) +(y=2) +(z=3) =+2.

C. (i1 +(y+2) +(z+3) =2. D. (x4+1) +(y=2) +(z=3) =1.
Céu 72. Cho mit cau (S): (x—|—3)2 +3 + (2—2)2 =m* +4. Tap céc gid tri cia m d€ mit cau (S) tiép
xlic véi mit phing (Oyz) la:

A. {5} B. {+5}. c. {o}. D. 2.
Céu 73. Cho mit cau (S)tam 7(1;2;3)ban kinh R =3 va hai diém M (2;0;0), N(0;1;0).
(X):x+by+cz+d =0 la mit phang qua MN va cit (S)theo giao tuyén 1a dudng tron c6 ban kinh r 16n

nhit. Tinh T=b+c+d.
A, —1. B. 4. C.2. D. 3.

Cau 74. Cho mit cau (S) X+ +(z—2)2 =1 va miat phiang (a) :3x+4z+12=0. Khing dinh nio sau
dang?

A. Mit phang (@) di qua tim mét cau (S).

B. Mit phang («) tiép xtic mit cau (S).

C. Mat phing (&) cét mat cau (S) theo mot duong tron.

D. Mit phing () khong cit mét cau ().
Cau 75. Tim tat ca cac gi tri cia m dé phuong trinh x* + y* + z° = 2mx +4y+2z+6m =0 1a phuong
trinh ciia mQt mat cau trong khong gian voi hé toa dd Oxzy.

A. me(1;5) B. m e (—o0;1)U(5;+0)

C. me(-5-1) D. m e (—o0;—=5)U(—1;+)
Cau 76. Cho mat cau (S) : (x—1)2 +(y—2)2 +(z—3)2 =25. Mit phang (Oxy) cit mit cau (S) theo mot
thiét dién 1a duong tron (C). Dién tich cua duong tron (C) 1a

A. 87 B. 127 C. 16z D. 4~
Céu 77. Cho 7(1;1;1) va mit phang (P):2x+y+2z+4=0. Mit cau () tdm / cit (P) theo mot
dudng tron ban kinh 7 =4. Phuong trinh cta (S) 1a

A. (x=1) +(y=1) +(z-1) =16. B. (x—1) +(y=1)" +(z-1)" =5,

C. (x=1) +(y=1) +(z-1)" =9. D. (x—1)"+(y-1) +(z-1)" =25.
Céu 78. Cho mit phing (Q):x—2y+z-5=0 vamit cau (S):(x—l)2 +y° +(z+2)2 =15.(P) song
song véi (Q) va cit mit cau () theo giao tuyén la dudng tron ¢6 chu vi 67 di qua diém nao sau day?

A. A(O; -1 —5) B. B(l; -2; 0) C. C(2; -2; 1) D. D(—2; 2; —1)
Céu 79. Cho mat cau (§):x” +y* +z° —6x+4y—2z+5=0. Phuong trinh mt phang (Q) chua tryc Ox
va cét (S ) theo giao tuyén 12 mot dudng tron ban kinh bang 2 1a

A. (0):2y-z=0. B. (0):2x-z=0. C.(Q):y-2z=0. D. (Q):2y+z=0.
Céu 80. Cho hai mit phang song song (e, ):2x—y+2z-1=0, (,):2x—y+2z+5=0 va mot diém
A(-L11) ndm trong khoang gitra ctia hai mt phang d6. Goi (S ) 1a mat cau di qua A va tiép xuc voi
(a).(a,). Biét rang khi (S) thay d6i thi tdm 7 cia n6 nam trén mot duong tron ¢d dinh (®). Tinh dién
tich hinh tron gi¢i han boi ().

A. %7[. B. iﬂ'. C. 8 D. &ﬂ
3 9 9 9

|
N
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Cau 81. Cho 4(2;0;0),B(0;2;0),C(0;0;2).Co tat ca bao nhiéu diém M trong khong gian théa man
M khéng tring véi céc diém A4, B,C va AMB = BMC = CMA=90°?

A. 0. B. 1. C. 2. D. 3.
Ciu 82. Cho hinh chop SABCD voi 5 (17136) A(1:2:3) B(3:1:2) C€(4:2:3) D(2:3:4) (05
1a tim mit ciu (S) ngoai tiép hinh chop. Tinh khoang cach d tir / dén mit phing (SAD).

Céu 83. Cho mit cau (S):x* +)° +2z° —2x—-2y—2z=0 vadiém A4(2;2;0). Viét phuong trinh mit
phing (OAB), biét ring diém B thudc mit cau (S), c6 hoanh do duong va tam gidc OAB déu.

A x—y-z=0. B. x-y+z=0. C.x—-y-2z=0. D. x—y+2z=0.
CAu 84. Cho hai diém A(3;1;—3) , B(O;—2;3) va mit cau (S):(x+1)2 +37 +(Z—3)2 =1. Xét diém M
thay d6i thude mit cau (S ) , gia tri lon nhét cia MA> +2MB? béng

A. 102. B. 78. C. 84. D. 52.

Céu 85. Cho mit phing (P):x—2y+2z—-3=0 vamat cu (S) tim 7(5;-3;5), ban kinh R=2+/5. Tur
mot diém A thudc (P) ké mot duong thang tiép xtic véi mat cau (S) tai B. Tinh 04 biét AB=4.

A. 04=AT1. B. 04=5. C. 04=3. D. 04=+6.

CAu 86. Cho mit phang (P) c6 phuong trinh x+y+z=2 va mit cau (S) c6 phuong trinh
x* +y’ +7> =2. Goi diém M(a;b;c) thudc giao tuyén giita (P) va (S) Khiang dinh nao sau déy 1a
khang dinh dtng?

A. mince(—l;l). B. minbe[l;Z]. C. max g = minb. D. maxce[ﬁﬂ].
Céu 87. Cho mit cau (S,) c6 tm /,(3;2;2) bankinh R =2, mit cau (S,) ¢6 tam 7, (1;0;1) ban kinh
R, =1. Phuong trinh mét phang (P) ddng thoi tiép xac véi (S,) va (S,) va cét doan 1,7, c6 dang
2x+by+cz+d=0.Tinh T=b+c+d.

A. 5. B. —1. C. 3. D. 2.

Vin dé 4. Phuwong trinh dwong thing trong hé toa 49 Ozyz .

Ciau 88. (KY THI TOT NGHIEP TRUNG HQC PHO THONG NAM 2020)
x-3 y-4 z+I

Trong khong gian Oxyz, cho duong thang d : 5

. Vecto nao sau day la mot vecto chi

phuong cua d ?
A u, =(34-1) B. u, =(2;-5;3) C. u, =(2:53) D. u, =(3;4]1)
Cau 89. Trong khong gian voi hé truc Oxyz, cho hai diém A(7;2;1) va B(-5;-4;-3),
Chon dép an sai? 7
A. AB khong di qua diém (1,-1,-1)
B. AB vudng goc voi miat phang: 6x+3y—2z+10=0
x=1-12¢
C. AB song song v&i dthing | y = —1—6¢
z=—1-4¢
x=5
D. AB vudng goc v6i dudng thang < y = —1-2¢
z=3t
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~1_y+l_z-2

Cau 90. Diém nao dudi day thudc duong thing x2 ===
A. O(-2;1;-3). B. P(2;-1;3). C. M(-1;1;-2). D. N(L-1;2).
x=1+2¢t
Cau 91. Puong thang d :{ y =2-3¢,t € R khong di qua diém nao dudi day?
z=3—-t¢
A. 0(1;2;3). B. M(3;-1;2). C. P(2;-2;3). D. N(-1;5;4).

x-3 y+1 z-4

" . Mménh dé nao

Cau 92. Cho mit phing (a) :x+2y—z+3=0va duong thing d :
dang?

A. d song song véi (0!). B. d vudng goc vé6i ((X).C. d nam trén 06). D. d cit (a)

Cau 93. Trong khong gian h¢ toa d6 Oxyz, hai duong thfmg d,: . _21 - % == ;-1 ;

x+l o y-2 z-7

d,: c6 vi tri twong d6i 1a:
1 2 -3 )
A. song song B. trung nhau C. cat nhau D. chéo nhau
Céu 94. Cho ba diém 4(3;-1;2), B(4;-1;-1), C(2;0;2) va duong thing () :f= yT” = 2_13 - Goi M
1 giao diém ctia (d) vamp (4BC). D dai doan OM bang
A 2V2 B.3 C. V6 D. 3
Céu 95. Cho ba diém A(-1;2;1), B(2;-1;4)va C(1;1;4) Pudng thing nao dudi day vudng gbée véi mp
(4BC)
X _y_:z x_y_z x_y_z DY _Y_z
-1 1 2 2 1 1 1 1 2 2 1 -1
Cau 96. Viét phuong trinh tham s6 ctia duong thang di qua hai diém 4 (1; 2;— 3), B (2;— 3;1) .
x=1+¢ xX=2+t x=3-t x=1+t¢
A qy=2-5t . B. < y=-3+5¢. C.yy=-8+5t. D.3y=2-5.
z=-3-2¢ z=1+4¢ z=5-4¢ z=3+4¢
Céu 97. Viét phuong trinh tham s ctia duong thang (D) qua I (—1;5;2) va song song véi truc Ox.
x=t-1 X=-m x=-2t
A.<y=5 ;teR B.{y=5m;meR C.iy=10t;teR D. A va C déu dang
z=2 z=2m z=4t

Cau 98. (KY THI TOT NGHIEP TRUNG HQC PHO THONG NAM 2020)

Trong khong gian Oxyz, cho ba diém A(1;0;1), B(1;1;0) va C(3;4;—1). Dudng thang di qua A va song
song v&i BC ¢6 phuong trinh la

x-1_y z-1 x+1 _y z+1 x—1
4 s -1 2 3 -l "2 -1 45 o1

Cau 99. Phuong trinh chinh tac cia duong thang d di qua diém M (1;-2;5) va vudng gdc voi mat phang
(a): 4x-3y+2z+5=01a

A x—1=y+2:z—5‘ B. x—1=y+2:z—5.

4 3 2 4 -3 2

x—1:y+2zz—5_ D. x—1:y+2=z—5_
—4 -3 -2 —4 -3 2

z—1 D x+1=y=Z+1

a
Il

w =
Il

C.
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Cau 100. Cho dudng thing d:x;1:y1—1:z—
trinh dudng thang A di qua A(1;1;-2), song song véi mat phang (P) va vudng goc voi duong thang d .
x+1:y+1:Z—2 B.A:x_lzy_1:2+2
2 5 -3 2 5 -3
C,A;x+1=y+1=2_2 D.A:x_lzy_1=2+2

-2 -5 3 -2 -5 3

Cau 101. Goi d 14 giao tuyén cta hai mat phing (@):2x—y+3z-7=0 va (B):x-2y+z-2=0.

2 va mat phang P: x—y—z—1=0. Viét phuong

A. A

Puong thang d di qua diém nao dudi day?
A. 0(2;-1;3). B. M(1;0;-3). C. P(-1;0;3). D. N(1;-2;1).
Cau 102. (KY THI TOT NGHIEP TRUNG HQC PHO THONG NAM 2020)

x_lzyzzzz_f,Métphéng di

Trong khong gian Oxyz, cho diém M (2;-2;3) va duong thing d :

qua M va vudng goc voi d c6 phuong trinh 1a
A. 3x+2y—-z+1=0 B. 2x-2y+3z-17=0
C.3x+2y—z-1=0 D. 2x-2y+3z+17=0
2 y-1 z-1

Cau 103. Trong khong gian voi hé toa d6 Oxyz, cho duong thang d : x; = " = 5 va diém

A(—2; 1;0). Viét phuong trinh mat phang (P) di qua A va chta d?
A, x-7y-4z+9=0 B. x-7y-4z+8=0 C.x-6y—-4z+9=0 D. x-y-4z+3=0

Cau 104. Trong khong gian Oxyz, cho diém A4 (-3;2;-3) va hai duong thang d, : x—1_y+2_z-3

1 -1

. x=3 y-1 z-5 \ < 2 , . ,

vad,: =5 = . Phuong trinh mat phing chira d; va dz c6 dang:

A.5x+4y+z-16=0 B.5x-4y+z-16=0 C.5x-4y-z-16=0 D.5x-4y+z+16=0
x=3-2¢ x=m-3

Cau 105. Cho hai duong thang (dl): y=1+t ;(dz): y =2+2m . Phuong trinh tong quat cia mat
z=-2-t z=1-4m

phang (P) chira d, va song song véi d, la:

A. x+7y+5z-20=0 B.2x+9y+5z-5=0 C.x-7y-5z=0 D. x-7y+5z+20=0
Cau 106. Cho duodng thang A ¢6 phuong trinh x2—1 = % = Z+11 va mit phang (P): 2x—y+2z—-1=0.
Phuong trinh mét phang (Q) chtra A va tao voi (P) mot goc nho nhat la:

A 2x—y+2z-1=0 B. 10x—7y+13z+3=0 C.2x+y—-z=0 D. —x+6y+4z+5=0

x=2+t
Cau 107. Cho dudng thang d:{y=-3+2¢ (teR).Goi d' 1a hinh chiéu vuong goéc cia d trén mit
z=1+3t
phang toa do (Oxz) . Viét phuong trinh dudng thing d' .
x=2+t x=2+t x=0 x=2+t
A.1y=0 (teR). B.{y=3-2(teR). C.qy=-3+2t(teR). D.{y=-3+2(teR)

z=1+3¢ z=1+3¢ z=1+3¢ z=0

Cau 108. Cho dudng thing d : x2—1 = y+15 _z73

chiéu vudng goc clia d 1én mat phang (P):x—5=0.

. Phuong trinh nao dudi day la phuong trinh hinh
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x=5 x=5 x=1 x=1

A Jy=-T+t. B.{y=-7-¢. C.iy=-5+2t. D.<y=-5-¢.
z=11+4¢ z=11+4¢ z=3-t z=3+4¢
Cau 109. Phuong trinh dudng thang d’ 1a hinh chiéu vuéng goc cua dudng thang d trén mat phang
x=12+4¢
(P),biét d:{y=9+3t va(P):3x+5y—z-2=0.Dudng thang d’ 1a giao tuyén cta hai mphang
z=1+t¢
nao?
A.3x+5y—-z-2=0va8x—-7y—-11z-22=0. B.3x+5y-z-2=0vad4x-Ty—-z-22=0.
C.3x+5y—z-2=0va x—y—-11z-22=0. D.3x+5y—-z-2=0va 8x-3y—z-2=0.

Cau 110. Trong khong gian véi hé toa d6 Oxyz , cho diém A(l; 2; —3) va mit phing
(P): 2x+2y—-z+9=0.Dudng thing d diqua A va co vecto chi phuong u =(3; 4; —4) cit (P) tai
diém B.Diém M thay di trong (P) sao cho M luén nhin doan AB dudi goc 90°. Khi do dai MB
16n nhit, duong thang MB di qua diém nao trong cac diém sau ?
A. (-2,-19;3). B. (3;0;15). C. (18;-2;41). D. (-3:20,7).
Cau 111.  Viét phuong trinh duong thang di qua A(l;—l;l), vudng goc va cit duong thing
x=4 y-2 z+5
| 1 1
. x—1 _ y+1 _ z-1 B x—1 _ y+1 _ z-1 C. x—1 _ y+1 _ z-1 . D. x—1 _ y+1 _ z-1 ‘
5 1 -8 1 5 —4 5 5 —4 5 -1 8

1 2 .
i =%=Z; . Viét phuong

trinh dudng thang A nam trong mat phang (P) dong thoi cat va vudng goc voi duong thang d.

d

Cau 112. Cho mit phang (P):x+2y+z—4=0 va duong thing d :

x—lzy—lzz—l B x—lzy—lzz—l C x—lzy—lzz—l D. x—lzy—lzz—l

A. . .
5 -1 -3 5 1 -3 5 -1 2 5 -1 3

, -3 -3 2 -5 1 -2
Ciu 113. Cho 2 duong thing d,: > > =Y"2_2%2. 4 X172 V= _Z2
-1 -2 1 -3 2 1
(P):x+2y+3z-5=0.Dudng thing vudng goc véi (P), cit d, va d, lan luot tai 4, B. Do dai doan
AB la

A. 243, B. J14 . C.5. D. /15 .

Cau 114. Cho dudng thang d, c6 vecto chi phuong u= (1;0;-2) va di qua diém

va mp

x+3 y-1_ z+4

M(@1;-3;2), d,: 5 . Phuong trinh mit phang (P) cach déu hai duong thang d, vad,co
dang ax +by+cz+11=0. Gia tri a+2b+3c bang

A. 42, B. -32. C.11. D. 20.
Cau 115. Cho diém A(l;2;—1) , duong thang d : x2—1 = y:—l = 2_12 va mat phang

(P) :x+y-+2z+1=0.Piém B thudc (P) thoa man duong thang AB vira cit vira vuong goc véi d.
Toa d6 diém B 1a:

A. (6;—7;0). B. (3;—2;-1). C. (—3:8-3). D. (0;3;-2).
Cau 116. Cho duong thang d va mit phang (P) 1an lugt ¢6 phuong trinh xTH = % =z I 2 va
241y —2z+8=0,diém A(2—1;3). Phuong trinh dudng thang A cat d va (P) lan lugttai M va N
sao cho A 14 trung diém cia doan thang MN 1a
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A.

x+1=y+5=z—5 B x—2:y+1:Z—3
3 4 2 6 1 2

x—5:y—3:z—5. D. x—5:y—3:z—5‘
6 1 2 3 4 2

Cau 117. Cho mit phang (P):x—2y+2z—5=0 va hai diém 4(-3;0;1), B(0;—1;3). Viét phuong

C.

trinh dudng thiang 4 di qua 4 va song song Vi (P) sao cho khoang cach tir B dén duong thang do 1a
nho nhit.

x=-3+2t x=3-2t x=3-2t x=-3+2t
A.yy=-—t . B.<iy=t . C.qy=-t . D. yy=t
z=1 z=1 z=1 z=1
Céu 118.  Trong khong gian Oxyz cho 2 diém 4(1;3;0) va B(-2;1;1)va dudng thing
(A): XTH = yT—l = iz . Viét phuong trinh mit cau di qua A, B ¢6 tdm I thudc dudng thing (A)?

( 2)2 ( 13)2 ( 3}2 521 ( 2)2 ( 13)2 [ 3)2 25
A | x+=| +H|y——| t|z+=| =— B.|x+—=| +|y——| +|z+=| =—
5 10 5) 100 5 10 5 3
( 2)2 ( 13)2 ( 3)2 521 ( 2)2 ( 13)2 ( 3)2 25
C.lx——=| +|y+—| +Hz—=| =— D.|x—| +|y+—| +|z—= —
5 10 5) 10 5 10 5 3

xX=t

=]

Cau 119. Trong mit phang Oxyz, cho dudong thang d :{ y =—1 va 2 mit phang (P) va (Q) lan luot co
z=-1

phuong trinh x+2y+2z+3=0 ;x+2y+2z+7=0.Mat cau (S) ¢6 tam I thudc duong thing (d), tiép

xuc v6i hai mit phang (P) va (Q) c6 phuong trinh

A (3 (0 +(3) = B (e-3F 41 +(z43 =
C. (x3) +(y+1) #(z 43 =3 D. (x=3) +(y+1) +(z43) =5
Céu 120. Trong khong gian Oxyz, cho diém 7(1;3;-2) va duong thang A: X—4 y;4 = Z+13 .

Phuong trinh mét cau (S) c¢6 tdm 1a diém I va cit A tai hai diém phan biét A, B sao cho doan thing AB c6
do dai bang 4 la:

A (8):(x=1) +(y=3) +2* =9 B. (8):(x—1) +(y—=3) +(z-2)" =9
C. (8):(x=1) +(y=3) +(z+2) =9 D. (8):(x=1) +(y+3) +(z+2)" =9
Cau 121. Cho E(0;-1-5), mp (P):2x+2y-2z-3=0 vamitciu (S):(x—4) +(y—1) +2*=25.

Goi A ladt di qua £, nam trong (P) vacit (S) tai hai diém c6 khoang cach 16n nhat. Phuong trinh cta
A la

x=11 x =50¢ x=11It x =50¢
A qy=-1-2t . B.<y=—-1+23. C.qy=—-1+2t . D.{y=-1+23¢.
z=-5+26t z==5+7t z=-5+26¢ z=-5=-"Tt
x=1+¢
Cau 122. Cho mit cau (S):xz+y2+zz+2x—4y—6z+m—3=0.Timm dé d:{y=1-t cit (S) tai
z=2
hai diém phan biét
A. m<ﬂ B.m<ﬂ. C.m>ﬂ. D.mzﬂ.
2 2 2
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Cau 123. Goc giira hai duong thang d : %:y—il = Z;1 vad,: x_+11 :%: ZI3 béng:
A. 45° B. 90° C. 60° D. 30°
x=5-t
Cau 124. Goc gilra duong thing d:{ y=6 vamp (P):y-z+1=0 l&:
z=2+t
A.30° B.60° C.90° D.45°

Cau 125. Trong khong gian v6i hé toa do Oxyz cho A(3;0;1), B(6;-2;1). Viét phuong trinh mét phang

(P) di qua A, B va (P) tao voi mp(OyZ) goc o théa man cosa :% ?

{2x—3y+6z—12:0 B {2x+3y+6z+12:0
2x-3y—-6z=0 2x+3y—-6z-1=0
{2x+3y+6z—12=0 o {2x—3y+6z—12=0
2x+3y—-6z=0 2x-3y—-6z+1=0
x=2-2¢ x=5+3s
Cau 126. Cho diém A(1;1;1) va hai duong thang d, :{ y=1 ydy gy =1
z==2+t z=3-s
Goi B,C la cac diém lan luot di dong trén d,;d, . Gia tri nho nhét ctia biéu thitc P =AB +BC +C4 la:
A. 2329 B. 2./985 C. V5 +4/10 4429 D. 5+4/10

Cau 127. Cho diém A4(0;1,9) va mat cdu (S):(x—3)" +(y—4)" +(z—4) =25. Goi (C) 1a duong tron
giao tuyén ctia (S) voi mp(Oxy); diém B va C di chuyén trén (C) sao cho BC = 245 . Khi tir dién

OABC c6 thé tich 16n nhat thi dudng thang BC ¢ phuong trinh 1a
21 21 21

x=——4t x=—=3t x=——4¢
. o2l s s
A. y:?—3t. B. < y=28-3¢. C. y:?+4t_ D. y=?+3t.
z=0 z=0 z=0 z=0

Céu 128. Cho diém E(2;1;3), mp (P):2x+2y—z-3=0 va mjt cau
(S): ()c—3)2 Jr(y—2)2 +(Z—5)2 =36.Goi A l1a dudng thang di qua E, nim trong (P) va cit () tai
hai diém c6 khoang cach nho nhat. Biét A c6 mdt vec-to chi phuong i = (2018; yo;ZO). Tinh T =z,-y,.

A.T=0. B. T =-2018. C.T=2018. D. T=1009.
Ciu 129. Cho diém A(0;1;-2), mat phang (P):x+y+z+1=0 va mit cdu

(S) :x*+)°+2°—2x—4y-7=0. Goi A la dudng thing di qua 4 nam trong mat phing (P) va cit mat
cau () tai hai diém B, C sao cho tam giac IBC c6 dién tich 16n nhit véi 7 1a tim ctia mit cau (S).
Phuong trinh ctia A 1a

x=t x=t x=t xX=t
A. Ay=1 . B. A:yy=1-t. C. Ay=1+¢. D. A:qy=1
z==-2+t z=-2 z=-2 z=-2—t

1 3

Céu 130. Cho diém M(E;T;O vamit cau (S):x*+ )’ +2° =8. Duodng thang 4 thay doi, di qua

diém M, cat mit cau (S ) tai hai diém phén biét 4, B. Tinh dién tich 16n nhat S cua tam giac OAB.
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A. S=47. B. S=4. C. S=27. D. S=22.
Cau 131. Cho diém A(L;1;1), B(2;2;2) vamit cdu (S):x*+y° +2z° —2x—-2y+4z-10=0_ Goi (P)
1a m3t phang di qua 4, B va cit (S) theo mot thiét dién 1a dudng tron (C). Pudng thang AB cit (C)
tai hai diém E,F . Diém C thudc dudng tron (C) sao cho tam giac CEF cantai C, CH la dudng cao
ung voi canh EF . Khi thiet di¢n c6 dién tich nhd nhat thi phuong trinh cua CH 1a

x=1+t¢ x=1-t x=-1-¢ x=1+t¢
A.A:qy=1 . B. A:qy=1+t. C.A:qy=1+¢ . D. A:qy=1
z=1-¢ z=1 z=0 z=2—-t
Cau 132. Cho duong thang d:%:y—zl: 2IZ . Goi (P) 1a mit phing chira duong thing d va tao véi

mit phing (0):2x-y—-2z-2=0 mdt goc co s6 do nho nhét. Piém A(1;2;3) cach (P) mot khoang
bang

A3 p. 33 c. L p. A3
3 11 3
x=1+2¢
Ciu 133. Cho dudng thang d:< y=1-¢ vahaidiém A(1;0;—1), B(2;1;1). Tim diém M thudc
z=t
duong thang d sao cho MA + MB nho nhat.
A. M(1;1;0). B. M[i;l; j C. M(é,l,lj D. M(é,z,lj
22 222 333

Ciu 134. Cho ba diém khong thang hang A(3;00),B(0;3;0), C(0;0;3). Hai mit cdu c6 phuong trinh
(Sl):)c2 +y 4+ -2x-4y—-62+9=0 va (Sz):x2 +y° +2° —8x—4z+8 =0 cit nhau theo dudng tron
(C ). Hoi c6 tit ca bao nhiéu mit cau c6 tim thudc mat phang chira (C ) va tiép xtc v6i ba duong thang
AB,BC,CA?
A. vo sb B. 1 C.3 D. Khéng co
x=2+t
Ciu 135. Cho mit cau (S):x* +(y —1)2 +(z+ 1)2 =1 va duong thang d:{y =t . Hai mit phing
z=—1
(P),(Q) chtra d , tiép xtic v6i (S) tai T va T'. Diém H (a;b;c) 1a trung diém ciia doan 77", gid tr
cia biéu thie T=a+b+c 1a

A O, B c.%. D. 1.

1
"3
Vin dé 5. Toa d9 hoa bai toan hinh trong khéng gian
Cau 136. Cho hinh chop S.ABCD c¢6 ddy ABCD 1a hinh chit nhat, AB=a, BC = a3, SA=a va SA
vudng goc v6i ddy ABCD . Tinh sina véi « la gbc tao boi duong thang BD va mit phing (SBC).
A. sina=—2. B.sina=—7. C.sina=—3. D. sina=—3.
4 8 5 2

Céu 137. . Cho hinh chop S.4BCD c6 day la hinh vudng canh a, canh bén S4 =2a vudng goc voi day.
Goi M 1a trung diém canh SD. Tinh cos cuta goc tao boi hai mat phang (AMC) va (SBC).
NEES B Y e p.2.
5 3 2 3
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Cau 138. Cho hinh chép S.ABCD ¢ day ABCD 1a hinh vudng canh bang a, biét SO=a va SO
vuong goc voi mat day (ABCD) . Goi M, N la trung diém cta S4,BC . Goi «la goc giita duong thang

MN va mit phang (SBD). Tinh cosa .

2 V21 J5

A, —. B. —. C. —. D.

J7 7 10
Cau 139. Cho hinh chop S§.ABCD c¢6 day ABCD la hinh vuong canh a, S4=a va S4 vudng goc voi
day. Goi M latrung diém SB va N 1a diém thudc canh SD sao cho SN =2ND . Tinh thé tich khéi tur
dién ACMN .
A.Vzicf. B.V=1a3. C.V=1a3. D.V=—ad.
12 8 6 36

| o
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