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TICH PHAN - UNG DUNG
UNG DUNG TICH PHAN

PHIEU ON TAP sO 01

LSp Toan thay LE BA BAO

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Trudng THPT Ping Huy Tri SPT: 0935.785.115 Facebook: Lé B4 Bao
116/04 Nguyén L6 Trach, TP Hué Trung tim KM 10 Huong Tra, Hué.

Cho hinh phang D giéi han boi duong cong y=+/2+sinx, truc hoanh va cac duong thang
x=0, x=7.Kh&i tron xoay tao thanh khi quay D quay quanh truc hoanh c6 thé tich V bang
bao nhiéu?
A.V =2(7z+1). B.V =2z(7+1). C.V =27% D.V =2x.
Goi S 1a dién tich ctia hinh phang giéi han boi cac dwong y=2*, y=0, x=0, x=2. Ménh d&
nao dwoi day dang?

2 2 2 2
A. s =[2"dx B. S =r[2"dx C. s =[2"dx D. S =7[2"dx

0 0 0 0

Cho hinh phéng (H) gi6i han béi cac duong y=x"+3, y=0, x=0, x=2.Goi V 1a thé tich
ctia khéi tron xoay duoc tao thanh khi quay (H ) xung quanh truc Ox . Ménh dé nao duéi day
dung?

2 2 2 2 2 2
A.V :n_[(xz +3) dx. B.V :ﬁj(xz +3)dx. C.V :j(x2 +3) dx. D.V :J.(x2 +3)dx.

0 0 0 0

Goi S la dién tich hinh phang (H ) gi6i han boi cac duong y = f (), truc hoanh va hai duong
0 2
théng Xx=-1,x=2.Dbat a= j f (X)dx,b =I f (X)dX, ménh dé nao sau day dung?
0

-1

A.S=b-a B. S=b+a. ~ C.S=-b+a D.S=-b-a
Cho hinh phang (H) (phan gach soc) nhw hinh vé bén dudéi:

-~
i

Tinh dién tich hinh phang (H).



Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

A1l B. gIn3—2. C. gIn3—§. D. gIn3+2.
2 2 2 2

Viét cong thiic tinh thé tich V ctia vat thé T gii han boi hai mat phang x =2019 va x=2020,
vat th€ T bi cat boéi mit phang vuong gdéc véi truc hoanh tai diém c6 hoanh do
X (2019 <x< 2020) 6 thiét dién 1a mot hinh vudng d6 dai canh 1a a .

2020 2020 2020 2020
A.V:ﬁjazdx. B.V:ﬂjadx. C.V:Iazdx. D.V:Iadx.

2019 2019 2019 2019
Goi (H) 1a hinh phang giéi han boi cac duong y=-x"+3%,y=0,x=0 va x=3. Quay hinh
(H) quanh truc Ox, ta dwgc khdi tron xoay cé thé tich bang

271 o7 81x St

A ——. B. —. C.—. D. —.
10 2 10 2

Cho ham s8 y=x*—3x*+m ¢4 d6 thila (C,) (m la tham s thuc). Gia st (C,,) cét truc Ox

tai 4 diém phan biét. Goi S,, S, la dién tich cua hai hinh ph?mg nam dwéi truc OX va S; ladién

tich ctia hinh ph:fmg nam trén truc Ox duoc tao boi (Cm) voi truc Ox . Biét rfing ton tai duy
My e a .. ca . L, ~ N

nhat gia tri cila m= b (véi a,beN* va ™y toi gian) d€ S, +S, =S,. Gia tri cua 2a—b bang

)

VARVE

A.3. B. 4. C.6. D. -2.

Dién tich hinh phang gi6i han boi hai duong y=x*—1 va y = x—1 bang

AL B 13 C.13_7r‘ p L
6 6 6 6

Cho (H) 1a hinh phéng gii han béi parabol Yy = J3x2, cung tron ¢ phuong trinh y =+/4—x°
va truc hoanh . Dién tich cta (H) béng

A 47z+\/§ B 47[—\/5 47z+2\/§—3 D 5\/§—27z

12 6 6 ' 3



Cau 11: Chohamsg y = f(x) lién tuc trén R . D0 thi ham s§ y = f'(x) nhu hinh vé bén dudi:
Y

o

bit g(x)=2f(x)—(x +1)2 . Bat phuong trinh 2 (x) > (X+1)2 +m nghiém ddang véi moi
Xe [—3; 3] khi va chi khi
A. m<g(3). B. m<g(-3). C. m<g(1). D. m<g(-3).

Cau 12: Mot 6 t6 dang chay voi van t6c 10m/s thi nguoi lai dap phanh; tir thoi diém d6, 6 t6 chuyén
dong cham dan déu véi van toc v(t) =-5t+10 (m/s), trong d6 t 1a khoang thoi gian tinh bang
gidy, ké tlr luc bat dau dap phanh. Hai tir ltic dap phanh dén khi dirng han, 6 t6 con di chuyén
bao nhiéu mét?

A.0,2m. B. 2m. C. 10m. D. 20m.

Cau 13: Dién tich hinh phéang giéi han béi & thi ham s§ y = JX; tiép tuyén véi do thi tai M (4;2) va
truc hoanh la
A.E. B.g. C.g. D.l.

8 3 3 3

Cau 14: Cho hinh phang D giéi han boi duwong cong y=e€* , truc hoanh va cdc duwong thang x=0 ,
x =1 . Khéi tron xoay tao thanh khi quay D quanh truc hoanh cé thé tich V bang bao nhiéu?

2 r(e*+1 2 _ z(e*-1
Aav== gy et pv-"EY
2 2 2 2

Cau 15: Cho haihams§ f(x)=ax?+bx’+cx—2 va g(x)=dx* +ex+2 (a, b, ¢, d, ee R). Biét rang

d6 thi ctaham so y = f (X) vay=g (X) cit nhau tai ba diém c6 hoanh d6 lan lwot 1a —2; —1;

1 (tham khao hinh vé).
YA

|

Hinh phéang giéi han béi hai &6 thi da cho c6 dién tich bang
A B. 2 c? . I
6 2 2 12



Cau 16: Cho hai ham s§ f (x)=ax’+bx*+cx+d, (a#0) va g(x)=mx*+nx+p, (Mm=0) c6 do thi cat
nhau tai 3 dim c6 hoanh dd X, X,,%, . Ki hiéu S,,S, Ian luot la dién tich cac hinh phang gi6i
han boi d6 thi ham s6 y = f (x) va y=g(X) (tham khoa hinh v&)

Biét S, =10, S, =7.Khi ds, f[g(x)— f (x)]dx bang

A. 3. B. 3. C. -17. D.17.
Cau 17: Choham s8 f(X) c6 db thi trén doan [—3;3] 1a duong gdp khiic ABCD nhu hinh vé.

3
Tinh [ f(x)dx.
-3

A2 B. %2, c = D. =%,
2 6 2 6
Cau 18: Mot bién quang cdo c6 dang hinh elip véi bon dinh A, A,, B, B, nhu hinh vé bén dudi:

Biét chi phi d& son phan t6 dam 1a 200.000 dong/m* va phan con lai 1a 100.000 dong/m? . Hoi
s0 tién d€ son theo cach trén gan nhat vdi sO tién nao dudi day, biét AA, =8m, BB, =6m va t&
giac MNPQ la hinh ch nhat c6 MQ =3m.
A.7322000 dong. B. 7213000 dong.  C. 5526000 dong. D. 5782000 dong.

Cau 19: Trong dot hoi trai “Khi t6i 18” dwoc td chire tai treong THPT X. Poan treong ¢é thuc hién mot
du an anh trung bay trén moét Pano cé dang hinh parabol nhu hinh vé.



Cau 20:

4m

D C

dm
Biét rang Doan trieong X sé yéu cau cac 16p gl anh du thi va dén 1én khu vuc hinh chit nhat
ABCD, phan con lai sé duogc tranh tri hoa van cho phu hop. Chi phi dén hoa van la 200.000
dong cho mot m*. Hoi chi phi thdp nhat cho viéc hoan tat hoa vén trén Pano sé la bao nhiéu ?
A.1.230.000 dong.  B. 900.000 dong. C. 1.232.000 dong. D. 902.000 dong.
Nguoi ta lam mot chiéc vong tron béng bac, biét duong kinh ngoai cua chiéc vong bac la
70cm, dwong kinh trong la 50¢m ( tham khao hinh vé bén duoi).

Thé tich ctia vong bac la

A. 15007°cm?. B. 90007%cm®. C. 15007z cm®. D. 1500z cm®.
HET
Hué, ngay 10 thdng 02 nim 2021
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Cau 1:

Cau 2:

Cau 3:

Cau 4:

TICH PHAN - UNG DUNG
UNG DUNG TICH PHAN

PHIEU ON TAP sO 01

LOI GIAI CHI TIET
Cho hinh phing D giéi han bdi dudng cong y =~/2+sinx, truc hoanh va céc dudng thing
X=0, x=.Khoi tron xoay tao thanh khi quay D quay quanh truc hoanh c¢ thé tich V bfﬁng
bao nhiéu?
A.V:2(7z'+1). B.V:27r(7r+1). C.V =272 D.V =2xr.

Loi giai:

A 2 A .
Ta c6: V = ﬁj'(\/2+sin x) dx = ﬂj(2+sin X)dx = 7 (2x—cos x)|; =27 (7 +1).

0 0
= Chon dap an B.
Goi S la dién tich ctia hinh phang giéi han boi cac dwong y=2*, y=0, x=0, x=2. Ménh dé
nao dwoi day dang?

2

A. s:jszx B. S=7rj22xdx C. S=f22de D. S=ﬁi2de
0 0 0 0

Loi giai:

2
= [2"dx (do 2 >0,vxe[0;2]).
0

= Chon dap an A.
Cho hinh phéng (H) gidi han boi cdc duong y=x*+3, y=0, x=0, x=2.Goi V 1a thé tich

ctia khéi tron xoay duoc tao thanh khi quay (H ) xung quanh truc Ox . Ménh dé nao dudi day
dung?

AV = ﬁT(x2 +3)dx. B.V= ﬂj(xz +3)dx. C.V = i(x2 +3)dx D.V= i(x2 +3)dx
0 0 0

Loi giai:

Thé tich ctia khéi tron xoay duoc tao thanh khi quay (H ) xung quanh truc Ox la:

V= ﬂ'z[(Xz +3)2 dx.
0

= Chon dap an A.
Goi S la dién tich hinh phang (H ) gi6i han boi cac dwong y = f (), truc hoanh va hai duong
0 2
thang X =1, x=2.Dat a= [ f (x)dx,b=[ f(x)dx, ménh dé nao sau day diing?
0

-1



D.S=-b-a.

A.S=b-a. B. S=b+a

Loi giai:

Ta co:

S :_ZUf (x)‘dx:}l‘f (x)‘dx+i‘f (x)‘dx :—])‘1 f (x)dx+_:[ f(x)dx=-a+b.

= Chon dap an A.
Cau 5: Cho hinh phang (H) (phan gach soc) nhw hinh vé bén dudéi:

Tinh dién tich hinh phang (H).

A. Ll B. gIn3—2. C. gIn3—§. D. gIn3+2.
2 2 2 2

Loi giai:

3
Ta cod: dién tichcan tim1a S = IX In xdx
1



Cau 6:

Cau 7:

Cau 8:

1

du =—dx )
3 3 2 2 3
khido’:S=X—|nX —le—dx=gln3—lx— =gln3—2.
2 1 2 2 221 2

x

2

. lu=Inx
bat =
dv = xdx X

L X
2

= Chon dap dn B.

Viét cong thitc tinh thé tich V ctia vat thé T gidi han boi hai mat phang x =2019 va x = 2020,

vat th€ T bi cit bdi mit phéng vuong goc voi truc hoanh tai diém c6 hoanh do

X (2019 <x< 2020) 6 thiét dién 1a mot hinh vudng d6 dai canh 1a a .

2020 2020 2020 2020
A.V:yzjazdx. B.V:;zj'adx. C.V:Iazdx. D.V:'[adx.
2019 2019 2019 2019

Loi giai:

Hinh vudng c6 d¢ dai canh a ¢6 dién tich la S (X) =a
2020

Thé tich ctia vat thé T1a V = | a’dx.
2019

2

= Chon dap dn C.
Goi (H) la hinh phéng gidéi han boi cac duong y = —x?+3x, y=0,x=0 va Xx=3. Quay hinh

(H) quanh truc Ox, ta dugc khéi tron xoay cé thé tich bang

A.27—ﬂ. B.g—ﬂ-. C.S—]ﬂ. D.5—7z.
10 2 10 2
Loi giai:
Khi quay hinh (H ) quanh truc Ox, ta duoc khdi tron xoay cé thé tich bang
3 3 5 4 3
V= nj(—xz +3x)2 dx = ﬂI(X4 —-6x° +9x2)dx =7 X——3i+3x3 :%.
0 0 5 2 10

= Chon dap dan C.
Cho ham s8 y=x*-3x>+m co6 d6 thi la (Cm) (m la tham s& thue). Gia st (Cm) cit truc Ox

tai 4 diém phan biét. Goi S,, S, la dién tich cua hai hinh phzfmg nam dudi truc Ox va S; ladién

tich ctia hinh phang nam trén truc Ox duoc tao boi (Cm) véi truc Ox . Biét rang ton tai duy
A, . . 2 a ;. \ a Ao .5 A? .7 . 2 M

nhat gid tri cila m= b (véi a,beN* va b toi gian) d€ S, +S, =S;. Gia tri cua 2a—b bang

)

7

A.3. B. 4.
Goi 4 nghiém ctia y = x* —=3x* +m =0 Ian luot 1a —\/E,—\/E,\/E,\/t: voi 0<t <t,.

D. -2.
Loi giai:



Vo 5
~ _ \ 4 2 _ X 3
bé S, +S, =§; thi j (x —-3X +m)dx_0<:>(€—x +mxj

-
@@—(\/:) +m\/_ 0= \/—L——t +mJ O(d0t2¢0)©%—t2+m:0(l)

Vi Jt, langhiém ctia x* -3x*+m=0 =t>-3t,+m=0 (2
2 & 2 2

2

Tt (1) va (2) suy ra: %—tz -t,7+3t, =0

<:>_?4t22+2t2 =O<:>t2.(_?4t2+2j=0:>t2=g (dot,=0).

Thay t, =g vao (2) ta duoc ?—%+m=0:>m=g.Dodo' a=5b=4=2a-b=6.
= Chon dap an C.
Cau 9: Dién tich hinh ph:fmg gi6i han bdi hai duong y=x* -1 va y=x-1 béng
AT B. 13 C. 2 D L.
6 6 6 6

Loi giai:

\ . ~ o . \ u2 x=0
Phwong trinh hoanh d6 giao diém hai duong la: X" -1=x-1< 1

X =

1
Dién tich hinh ph:fmg gidi han boi hai duongla S = ”X2 — X‘dX = %
0
= Chon dap an D.
Cau 10: Cho (H) 1a hinh phéng gii han béi parabol Yy = NS cung tron ¢ phuong trinh y =+/4—x°

va truc hoanh . Dién tich cta (H) bang
54

A 47z+x/§. B. 475_\/5. C. % D. 5\/§—_2”
12 6 6 3
Loi gidi:

Phuong trinh hoanh d¢ giao diém gitra parabol va cung tron ta dwoc J3x2 =4-x? & x=+1
voi 0<x<2 néntacd x=1

Ta cé dién tich S = J-\/_X dX+I\/4 X dX—— +J.\/4 X2dx =— +I\/4 x2dx

Dat : x=25int:>dx=2costdt;x=1=>t:E;x:2:>t:E



Cau 11:

Cau 12:

=S =£+2(t+%3in2t}2 4ﬂ_\/§.

3 . 6
6
= Chon dap dn B.
Cho ham s6 y = f (x) lién tuc trén R . D0 thi ham s& y = f'(x) nhu hinh vé bén dudi:

.rl

o

bit g(x)=2f (X)—(X+1)2.B€{t phuong trinh 2 f (x) >(X+1)2 +m nghiém ddang véi moi
e[—3;3] khi va chi khi

A. m<g(3). B. m<g(-3). C. m<g(1). D. m<g(-3).

Co 2f (x)> (x+1)2+m, vxe[-33] @ m<g(x)=2f (X)—(X+1)2,VXE[—3;3]

<:>m<EnS|3ng( ) -

Taco g'(x)=0<2f'(x)-2(x+1)=0< f'(x)=x+1 < x=-3,x=1,x=3.

Vi ké duong théng y=X+1 cit d6 thi ham s8 y = f'(X) tai cac diém c6 hoanh d6 x=-3,
x=1, Xx=3 nhu sau:

Duwa vao bang bién thién ta c6 {glgr} g(x)=min {g (-3),9 (3)} )

Quan st dién tich cta hai hinh phang trén hinh vé ta c6

1

S, =

'(X)=(x+1)|dx> S, zjs"f'(x)—(x+1)‘dx @i(f'(x)—(x+1))dx>—Jj(f’(x)—(x+1))dx

—3
o= jg dx>——jg dx<:>jg’(x dx>—ig'(x)dx
1

© 9( )-9(-3)>9(1)-9(3) = 9(—3)<9(3) =ming(x)=9(-3).vay m<g(-3).

= Chon ddp an B.

Mot 6 t6 dang chay véi van tdc 10m/s thi nguoi lai dap phanh; tir thoi diém d6, 6 té chuyén
dong cham dan déu véi van tdc v(t) =-5t+10 (m/s), trong d6 t 1a khoang thoi gian tinh bang
gidy, ké tir ltic bat dau dap phanh. Hoi tit ltc dap phanh dén khi ditng han, 6 t6 con di chuyén
bao nhiéu mét?

A. 0,2m. B. 2m. C. 10m. D. 20m.

Loi giai

Xét phuong trinh -5t+10=0 < t=2. Do vay, ké tt luc nguoi 1ai dap phanh thi sau 2s 6 t6
dtng han.

Quang duong 6 t6 di duoc ké tir ltc nguoi 1ai dap phanh dén khi 6 t6 dirng han la



Cau 13:

Cau 14:

Cau 15:

2 2

s=[(-5t+10)dt = (—Etz +10tj =10m.

) 2 0

= Chon dap dn C.

Dién tich hinh phéng gi6i han boi d6 thi ham 6 y =+/x ; tiép tuyén véi d0 thi tai M (4;2) va

truc hoanh la

A.§. B. g C. § D.
8 3 3

Loi giai:

Wl

1
Xéthamsd y=+/X tacdé y'=—==Vy'(4)=

Phuong trinh ti€p tuyén cta d6 thi tai diém

N

4
Dién tich hinh phing cAn tim 1a S =S,,,, +Soys = %.4.1+ jG x+1-+/x jdx = 2 .
0

= Chon dap dn C.
Cho hinh phang D giéi han boi duwong cong y=e* , truc hoanh va cdc duwong thang x=0 ,
x =1 . Khéi tron xoay tao thanh khi quay D quanh truc hoanh cé thé tich V bang bao nhiéu?
Av-"E "yt e

2 2 2
Loi giai:

0 2

1 2
V = ﬂjezxdx = 17rezx M .
0 2

= Chon dap an D.
Cho hai ham s6 f (x)=ax? +bx’ +cx—2 va g(x)=dx*+ex+2 (a, b, ¢, d, e R). Biét rang
d6 thi ctaham so y = f (X) vay=g (X) cit nhau tai ba diém c6 hoanh d6 Ian luot 1a —2; —1;

1 (tham khao hinh v§).
YA

1

-1\ 1

Hinh phang giéi han boi hai d6 thi da cho c6 dién tich bang



Cau 16:

Cau 17:

L B 13 c.? p. 3
6 2 2 12

Loi gidi

Phuong trinh hoanh d¢ giao diém ctia d6 thi f (X) va g (X) la

ax’ +bx® +ex—2=dx* +3x+2 < a’ +(b—d)x* +(c—e)x—4=0. (*)

Do d6 thi ctia hai ham s6 cat nhau tai ba diém suy ra phuong trinh (*) c6 ba nghiém x =-2;
x=-1; x=1. Ta duoc
ax’ +(b—d)x* +(c—e)x—4=k(x+2)(x+1)(x-1).

1
Khi d6 —4 =2k = k = 2.. Vay dién tich hinh phang can tim 1 [[2(x+2)(x+1)(x—1)[dx = %
2

= Chon dap an A.

Cho hai ham s§ f (x)=ax’ +bx*+cx+d, (a=0) va g(x)=mx*+nx+p, (Mm=0) c6 do thi cat
nhau tai 3 diém c6 hoanh dd X, X,,%, . Ki hiéu S, S, Tan luot 1a dién tich cac hinh phang gidi
han boi d6 thi ham s3 y = f (x) va y=g(X) (tham khoa hinh v&)

Biét S, =10, S, =7.Khi d9, f[g(x)— f (x)]dx bang

A. 3. B. 3. C. -17. D.17.

.....

Theo d@ bai ta c6 10=S, =T[f (x)—-g(x)]dx, 7=5, =Xf[g(x)— f (x)]dx.

X

Suy ra T[g(x)— f (x)]dx:]g[g(x)— f (x)]dx+]§[g(x)— f(x)]dx=-8,+S,=-10+7=-3

= Chon dap dn B.
Cho ham s8 f (X) ¢ db thi trén doan [—3;3] 1a dwong gap khtic ABCD nhu hinh vé.




A2 B. c. 2. D. =3
2 6 2 6
Loi giai:
yA

B
/E’Al Azil E
A2

3 .
1 \:rAs X
_2 Pt D
Phuong trinh duong thing CD di qua C(1;1) va nhan CD = (2;-3) 1am vécto chi phuong.
Phuwong trinh chinh tic (CD): XT_l = y—_31 & —3x—-2y=-5.
—3Xx—-2y=-5 X = > S)
Dt E:(CD)ﬁOX.Tadu’QC{ yO_ = _S:E(—;Oj :
y =
y=0

Dods [ |f(x)|dx=[ |1 (x)\dx+j_12\f(x)\dx+f\f (x)\dx+j§\f (x)|dx

+S,ce * Seop, :%(1x1)+(3x1)+%[§x1}—£(ﬂx 2) -2

=S,an +9
ABA 2\ 3 2

ABCA,
= Chon dap dan A.

Cau 18: Mot bién quang cao ¢ dang hinh elip véi bon dinh A, A,, B, B, nhu hinh vé bén. Biét chi phi
dé son phan t6 dam la 200.000 dong/m’® va phan con lai 1a 100.000 dong/m?*. Hoi s8 tién d€
son theo cach trén gan nhat voi so tién nao duwdi day, biét AA, =8m,B B, =6m va ta giac
MNPQ la hinh chit nhat c6 MQ =3m.

A.7322000 dong.  B. 7213000 dong.  C. 5526000 dong. D. 5782000 dong.

Loi gidi:



Cau 19:

Gm . & i 3

B

Sm

G4n hé truc toa do Oxy ¢ AA, trung voi truc Ox, BB, trung véi truc Oy, gdc toa do
O =AA, nB,B, (nhu hinh vé).
Elip c6 d¢ dai truc16n 2a=AA, =8 < a=4(m), d dai trucnho 2b=BB, =6 < b=3(m).

2 2

Suy ra phuong trinh chinh tac ctia elip 1a % + g—z =ley= i%\/]ﬁ —x* . Trong d6:

Do MQ=3=Yy,, :%zgzx ——41/1 yg;” 2\/_:x =243.

Goi S, la dién tich phan t6 dam cua elip, S,1a dién tich phan khong bi t6 dam cua elip va S 1a
dién tich elip. Suy ra S, la dién tich hinh phéng gidi han béi cac duwong y = %\/16 -x?,

y:—gx/16—x2, x=-2v3, x=2+/3

Ta cé:
+S = rzab :127z(m2)

243
+8= | 3\/16— (——\/16 x}dx SI\/lﬁ X2dX .
_zf

bat x =4sint = dx = 4costdt.
Khi Xx=0=t=0. Khi x=2\@:t:%

*—.wm

= S,= 3j\/16 X% dx = 3j\/16 16sin2t 4costdt_j48cos tdt_

24(1+cos2t)dt

= (24t + 12sin 2t)\05 =87+6+3(m*).

=S,=5-8,=47-63(m*).
Suy ra chi phi d€ son bién quang cao la: 200000.S, +100000.S, ~ 7322416 (d6ng).
Vay s0 tién d€ son bién quang cdo gan nhat voi 7322000 dong.
= Chon dap an A.

Trong dot hoi trai “Khi t6i 18” duoc td chuc tai treong THPT X. Poan truong c6 thue hién mot
dy an anh trung bay trén mot Pano c¢é dang hinh parabol nhu hinh vé.



Cau 20:

4m

dm
Biét rang Doan trieong X sé yéu cau cac 16p gl anh du thi va dén 1én khu vuc hinh chit nhat
ABCD, phan con lai sé duogc tranh tri hoa van cho phu hop. Chi phi dén hoa van la 200.000
dong cho mdt m*. Hoi chi phi thdp nhat cho viéc hoan tat hoa vén trén Pano sé 1a bao nhiéu ?
A.1.230.000 dong.  B. 900.000 dong. C.1.232.000 dong. D. 902.000 dong.
Loi giai:

/ D 0o cC \ x

Chon hé truc toa do Oxy nhu hinh vé, khi d6 ta dwoc phuong trinh ctia parabol 1a y = —x?+4.
Goi C(x;0)(0<x<2)=D(-x;0), B(x;—x2 +4), A(—x;—x2 +4).

2

2

Ta c6 dién tich ctia Pano la J‘(—X2 +4)dX = 3—(m2).

A 3
Dién tich hinh chit nhat ABCD 1a S, =CD.BC = 2x.(-x* +4).
Chi phi dan hoa van thap nhat khi va chi khi dién tich hinh ch@ nhat ABCD 16n nhat.
Xét ham s f(x) = 2x.(—x2 +4), xe(0;2) co rr:ax) f(x) =¥.

32 323

Chi phi thdp nhat cho viéc dan hoa van la (? - —J 200000 =~ 902.000.

= Chon ddap dan D.
Nguoi ta lam mot chiéc vong tron bang bac, biét duong kinh ngoai ctia chiéc vong bac la
70cm, dwong kinh trong la 50¢m ( tham khao hinh vé bén dudi).

Thé tich ctia vong bac la

A. 15007%cm?. B. 90007z%cm®. C. 15007z cm®. D. 15007 cm®.
Loi giai:



Ta c6 ban kinh ngoai cua chiéc vong bac 1a35¢m, ban kinh trong 1a 25¢cm.
Dé tinh thé tich ctia vong bac ta coi né la hinh tron xoay sinh ra bang cdch quay mét hinh tron

xung quanh truc Ox.

Bén kinh cuia hinh tron nay béng R= (35 — 25) :2=5cm.
Tam cta hinh tron la | (0;30) .

Phuong trinh ctia duong tron 1a x* +(y —30)2 =25(C) .

= y=30++25-%.

Khi d6 thé tich ctia vong bac duwoc sinh ra boi hinh phéng tao boi 2 duwong cong
f,(x)=30+v25-x* va f,(x)=30-+25-x*, xe[-5;5] quay quanh truc Ox.
Vay thé tich ctia vong bac bﬁng:
5 5 9 9 5
V=7 ydx =7rj[(30+\/25—x2) —(30—\/25—x2) }dx =1207 [ /25— x*dx
-5 -5 -5

bat x=5sint = dx =5cost.dt.
D6i can :

L]
L]

x —_
4

(e =
D

T

2 2
Khi d6 V =120 j J25-25sin2t.5cost.dt =120.257 j cos? t.dt = 60.25x

2 2

sin 2tj

IN

(1+cos2t).dt

[y

NN

2 =15007z%cm®.

2

=1500x (t +

= Chon dap dn A. ]
HET
Hué, ngay 10 thdang 02 ndm 2021
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TICH PHAN - UNG DUNG
UNG DUNG TIiCH PHAN

PHIEU ON TAP SO 02

LOp Toan thiy LE BA BAO

Trudng THPT Ping Huy Tri SPT: 0935.785.115 Facebook: Lé B4 Bao
116/04 Nguyén L6 Trach, TP Hué Trung tim KM 10 Huong Tra, Hué.

Cau 1: Cho ham so f (X) lién tuc trén R . Goi S la dién tich hinh phéng gidi han bodi cac duwong

y=1f(x),y=0x=-1va x=4 . Ménh dé nao dudi day la ding?
by

y = flx)

A S=- jf dx+j
-1

C. Szj f (x)dx+_ff(x)dx. D. S:—jf(x)dx—j‘f x)dx

Cau 2: Tinh thé tich ctia vat thé ndm giita hai mit phang X =-1 va X =1 biét rang thiét dién cta vat
thé bi cit boi mat phang vudng géc véi truc OX tai diém c6 hoanh d6 x(-1<x<1) la mét hinh

vudng cd canh bang 1-x* .
8

A =, B. 2. C. 4. .1
S5 4
Cau 3: Chohamsd Yy = f(X) lién tuc trén R va cé d6 thi nhw hinh vé sau:
4
Gié tri cta | (X)X béng
—4
A. 10. B. 4. C.12. D.S8.
Cau 4: Dién tich hinh phang gi6i han béi hai duong y = x* -4 va y=2X—4 béang
A. 36. B2 c i D. 367.

3 3



Cau 5: Cho hai ham s§ f (x)=ax’+bx*+cx+d, (a#0) va g(x)=mx*+nx+p, (M=0) c6 db thi cat
nhau tai 3 di€ém cé hoanh d6 X, X,, X, .

Ki higu S,,S, Ian luot 1a dién tich cac hinh phéng giéi han béi do thi ham s6 y=f(x) va

y=g(x) .Biét $,=10, S, =7.Khid6, [[g(x)- f(x)]dx bing
A. 3. B. -3. C. -17. D. 17.

Cau 6: Cho duong thang y=3x va parabol y=2x*+a ( a la tham s3 thuc duong). Goi S, va S, lan
Iwot la dién tich ctda 2 hinh phéng dwoc gach chéo trong hinh vé bén. Khi S, =S, thi a thudc

khoang nao dudi day?

G2 ol by e

Cau 7: Tinh dién tich hinh phéng tao thanh béi Parabol y = x*, dwong thang y = —X+2 va truc hoanh
trén doan [0;2] (phan gach soc trong hinh vé).

>
gl w
oo
o | o1
@)
wlN
o
o



Cau 8 Mot vat chuyén dong trong 3 gio véi van tdc V(Km/h) phu thudc thoi gian t (h)co db thi la
mdt phan ctia duong parabol cé dinh 1(2;9) va truc d6i xting song song véi truc tung nhu

hinh bén. Tinh quang duong s ma vat di chuyén duoc trong 3 gio do.
v

I

o
A.s=24,25(km).  B.s=26,75(km).  C.s=24,75(km).  D.s=2525(km).

Cau 9: DPuong thang d cat duong cong f (X) =a’x+bx* +cx+d tai ba diém phan biét c6 hoanh do

S

3 3

X=-2, X=1, X=2 nhuw hinh vé dudi day:

Dién tich hinh phang gach soc thuéé khoang nao dwdi day?

N )

X : o e A s x*  khi x<1 s
Cau 10: Goi (H ) la hinh phang gidi han béi d6 thi ham s6 y = f (X) = . , truc hoanh va
2—x khi x>1
cac duong thang x=0,x =2. Thé tich ctia khéi tron xoay tao thanh khi quay (H) quanh truc
hoanh bang
A% B. 2. c. ¥z D. 32
15 5 5 15

Cau 11: Viét cong thirc tinh thé tich V cua khdi tron xoay duoc tao ra khi quay hinh thang cong, gidi
han boi d6 thi ham s6 y= f (X), truc Ox va hai duong théing X=a,Xx= b(a < b), xung quanh

truc OX.
b b b b
.A.V==ﬂjf2(X)dX B.V::jfz(x)dx C.V::njf(x)dx ]D.V::f‘f(xﬂdx

Cau 12: Chohamsd y= f(x) c6 d6 thi y= f’(x) cit truc Ox tai ba diém c6 hoanh d6 a <b < ¢ nhw
hinh vé dudi day:



Cau 13:

Cau 14:

Cau 15:

Cau 16:

<\
vx

Khang dinh nao duwéi day dtng?
A. f(b)>f(a)> f(c). B. f(a)> f(b)> f(c).
C. f(c)>f(a)>f(b). D. f(c)> f(b)> f(a).
Mot 6-td dang dung va bat dau chuyén dong theo mot duong théng vOi gia toc a(t) =6-2t
(m/s?), trong d6 t 1a khoang thoi gian tinh bang gidy ké tir ltic 6 t6 bat dau chuyén dong.
Quang duong 06 to di duwogc ké tur lac bat dau chuyén dong dén khi van toc 6 to dat gia tri 16n
nhat la

27

A9 (m). B.20 (m). C.18 (m). D.= (m).

Cho y = f(x) 1a ham s& da thic bac ba c6 d6 thi nhu hinh vé bén dudi :

Tinh dién tich hinh phéng dwoc to dam.

A2 B. 37 c > D. 3.

4 12 12 3

Choham so y=f (X) lién tuc va nhan gia tri duong trén R . Goi D, 1a hinh phang gi6i han
boi d6 thi ham s§ y = f (), cdc duong x=0, x=1 va truc Ox. Goi D, 1a hinh phang gi6i han

bdi d6 thi ham s6 y :% f (x), cac dwong x=0, x=1 va truc Ox. Quay cac hinh phang D,,

D, quanh truc OX ta duwoc cac khdi tron xoay cé thé tich lan lugt la V,, V,. Khéng dinh nao
sau day dung?

ALV, =9V,. B.V, =9V,. C.V,=3V,. D.V,=3v,.

Cho hinh vuong ABCD tamO, dd dai canh la 4 cm. Puong cong BOC la mét phan cta
parabol dinh O chia hinh vuong thanh hai hinh phang c6 dién tich Ian lwot 1a S, va S, (tham
khao hinh vé).



4cm

B C
S
4cm
@)
S,
A D
Ti s6 3 bang
2
AL B. L. cl. D. 2.
5 2 3 5

Cau 17: Tinh dién tich S cta hinh phang (phan gach soc) giéi han boi d6 thi ctia cac ham s&
y=X*,y=4Xx—4 va Yy =—-4X—4 nhu hinh vé bén.

“10 yrT

|
yodx-4 |
\
%/ﬂ( !
q |
\/ i
‘ |

'7/"\7 I

A.S:Q. B.Szg. C.S:E. D.S:E.
3 3 3 9

Cau 18: Choham sd y= f(x) c6 do thi trén doan [ - 2;6] nhw hinh vé bén dudi.

¥
e
2 AN 0
e oy S Sy

Biét caic mién A, B,C co dién tich Ian lwot 1a 32, 2 va 3.

2
Tinh 1 = j(3x—4)(1+ f (_%XZ N 2x+5Ddx.
e}

A.Izé B.1 =-82. C.1=66. D.1 =50.



Cau 19:

Cau 20:

Goi (H ) la hinh phéng gioi han boi d6 thi ham sd y = x? —5X + 4 va truc OX . Tinh thé tich cta
khoi tron xoay sinh ra khi quay hinh (H ) quanh truc OX.

Az B 3 c 8 .2

2 10 10 2
Mot cai cong hinh Parabol nhw hinh vé sau. Chiéu cao GH =4m, chiéu rong AB=4m,
AC =BD =0,9m. Chu nha lam hai canh cong khi déng lai la hinh ch® nhat CDEF t6 dam c6

gia 1a 1200000 dong/m?, con cac phan dé trang lam xién hoa c6 gia 1a 900000 dong/m’ (tham
khoa hinh vé)

( 7 0
o . P
Hoi tong s6 tién d€ lam hai phan ndi trén gan nhat véi s6 tién nao duwdi day?
A. 11445000 dong. B. 4077000 dong.  C. 7368000 dong.  D. 11370000 dong.
HET
Hué, ngay 10 thdng 02 nim 2021
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Cau 1:

Cau 2:

Cau 3:

TICH PHAN - UNG DUNG
UNG DUNG TIiCH PHAN

PHIEU ON TAP SO 02

Cho ham s8 f(x) lién tuc trén R. Goi S la dién tich hinh phing giéi han boi cac duong

y=1f(x),y=0,x=-1va x=4 . Ménh dé ndo dudi day la dting?
y= flx)

by

A. S——'[f dx+I B. Szif(x)dx—jf(x)dx
-1 1
C.S= j[f dx+j D. S:—j f (x)dx—ff f (x)dx
L(‘)’igid_il 1
4 1 4
Taco S = Hf )|dx = _Hf ox+ [|f (x)|dx= [ £ (x)dx—[ f (x)dx
= Chon dap an B. 1 ; l

Tinh thé tich ctia vat thé ndm gitta hai mat phang X =-1 va x=1 biét rang thiét dién ctia vat
thé bi cit boi mat phang vudng géc véi truc OX tai diém c6 hoanh d6 x(-1<x<1) la mot hinh

vuodng c6 canh bang v1-x* .
A —. B. 2. C. 4. D.%.

1 2
Thé tich ctia vat the 1a V = | (\/1— x* ) dx = % .
]

= Chon dap dan A.
Choham s6 Y = f(X) lién tuc trén R va cé d6 thi nhu hinh vé sau:




Cau 4:

Cau 5:

4
Gia tri ctia j f (x)dx bang
!

A. 10. B. 4. C.12. D.8.
Loi giai
Ta co
4 -2
[ £00dx= [ f(x)dx+ j f (x)dx +j f (X)dX = =S 1u5c + Sacop + Soore
4 4
1 1
=—-—22+-.22+24=8.
2 2
= Chon dap an D.
Dién tich hinh phang giéi han boi hai dwong y=x*—4 va y=2x-4 bang
A. 36. B.i. C. 4—7[ D. 36x.
3 3
Loi giai
Phuong trinh hoanh d6 giao diém cua hai d6 thi da cho la:
) ) x=0
X*=4=2Xx-4 X -2x=0< :
X=2
Dién tich hinh phéng gioi han boi hai d6 thi da cho la:
2 4
S =||(x* —4)—(2x—4)/dx = | |x* — 2x|dx 2xxdx_x—— =
i [ (O Rk e

= Chon dadp dn B.
Cho hai ham s8 f (x)=ax’+bx*+cx+d, (a=0) va g(x)=mx’+nx+p, (Mm=0) c6 do thi cat

nhau tai 3 diém cé hoanh d6 X, X,, X, .
% } S: [

Ki hiéu S,,S, Tan lwot la dién tich cac hinh phéng gioi han boi d6 thi ham s6 y=f ( X) va

y=g(x) .Biét S, =10, S, =7.Khi 6, f[g(x)— f (x)]dx bang

A. 3. B. 3. C. -17. D.17.

.....

Theo d@ bai ta c6 10=S, =Xf[f (x)—-g(x)]dx, 7=5, =Xf[g(x)— f(x)]dx.

X

Suy ra T[g(x)— f (x)]dx=:f[g(x)— f (x)]dx+:f[g(x)— f(x)]dx=-8,+S,=-10+7=-3.

X

= Chon dap dn B.



Cau 6:

Cau 7:

Cho duwong thang y =3x va parabol y=2x’+a ( a la tham s§ thuc duwong). Goi S, va S, lan
Iwot la dién tich cta 2 hinh ph:fmg dwoc gach chéo trong hinh vé bén. Khi S, =S, thi a thudc
khoang nao dudi day?

Loi giai:

Xét phuong trinh twong giao: 3x =2x* +a = 2x* —3x+a=0(1)

D€ phuong trinh (1) c6 hai nghiém dwong phén biétx,, X, (X, > X, >0)
A=9-8a>0

= x1+x2:g>0:>0<a<§.

a
X, =—>0
XX, 2

X 2
Ta co: Sl=I(2x2—3x+a)dx:(§x3—gx2+ax) =§X13—2X12+3X1
0

0
=—[§x§—gx§+ax2j+(§xf—§xf+axlj

SZ:—T(2x2—3x+a)dx:—(%x?’—gx2+axj >

Do Sl=82:§x§—§x§+ax2:0
ma X, 1a nghiém cta (1) nén 2x; —3x, +a=0=>a=-2x; +3X, (2)

2 4
:gxg—gx§+(—2x§+3x2).x2 =0 ©—§x§+gx§ =0=x, :g (loai nghiém X, =0)

Thay vao (2) jazze(i;gj.
32 (510

= Chon dap an A.
Tinh dién tich hinh phang tao thanh béi Parabol y = x°, duong thang y =—X+2 va truc hoanh
trén doan [0;2] (phén gach soc trong hinh vé).



Cau 8:

Cau 9:

A. E B. > C. g D !
5 6 3 6
Loi giai:

1 2 X3
Tacd S :Ixzdx+j(—x+2)dx=—
0 1

1 )(2
+| ——+2x
3, 2

Mot vat chuyén dong trong 3 gio véi van tdc V(km/h) phu thue thoi gian t (h)cé db thi la

1

= Chon dap an B.

mdt phan ctia duong parabol cé dinh 1(2;9) va truc d6i xting song song véi truc tung nhu

hinh bén. Tinh quang duong s ma vat di chuyén duoc trong 3 gio do.
v

I

0
A. s=24,25(km). B. s=26,75(km). C. s=24,75(km).  D. s=2525(km).
Loi gidi:
Goi V(t)=at’+bt+c.
Do thi V(t) 1a mdt phan parabol c6 dinh 1(2;9) va di qua diém A(0;6) nén
—b -3
P _=
2a =7
a2’ +b2+c=9=1{b=3 . Tim duoc v(t):—%t2 +3t+6
a.0’+b.0+c=6 |[C=6

S

3 3

3
Vay s =] (—%tz +3t+6jdt = 24,75 (km)
0

= Chon dap an C.
Puong thang d cat duong cong f (x)=a’x+bx*+cx+d tai ba diém phan biét c6 hoanh do
X=-2, X=1, X=2 nhu hinh vé duéi day:



Cau 10:

J
[
v

Dién tich hinh phéang gach soc thudc khoang nao dwdi day?

e R o)

Loi giai:
Tacd d:y=mx+n

Phuong trinh hoanh d6 giao diém

a’x+bx® +ox+d =mx+n< g(x)=a’x+bx® +cx+d —(mx+n) c6 3 nghiém x=-2; x=1;
X=2.

Do d6 g(x)=a(x+2)(x-1)(x-2).

Do g(O)=d—n=3—1=4a<:>a=%:>g(x)=%(x+2)(x—1)(x—2).

£l 71
Vivay S = | |=(X+2)(x-1)(x-2)dx=—.
iy $= [ 00 2)(x-1) (-2
= Chon dap an D.
. 1 e e e x x*  khi x<1 o
Goi (H ) la hinh phang gidi han béi d6 thi ham s6 y = f (X) = . , truc hoanh va
2—x khi x>1
cac duong thang x=0,x =2. Thé tich ctia khéi tron xoay tao thanh khi quay (H) quanh truc
hoanh bang
8z B. 2. c. ¥z D. 32
15 5 5 15
Loi giai:
y
1
O 1 2 X

Thé tich ctia khdi tron xoay tao thanh khi quay (H) quanh truc hoanh la



Cau 11:

Cau 12:

1 X51 (2—X)32

V=7zJ.f( dX+7z_[f dX 7Z'J‘X dX+7rJ-2 X 2 dx = ﬁg V4 3

0

V4 1\ 8rx
=——7|0-=|=—.
5 3) 15

= Chon dap an A.
Viét cong thic tinh thé tich V cua khéi tron xoay dugc tao ra khi quay hinh thang cong, gioi
han boi d6 thi ham s6 y = f (X), truc Ox va hai duong thang x=a,x=b(a<b), xung quanh

0

truc Ox.

b b b b
A.V:nj'fz(x)dx. B.V:J'fz(x)dx. C.V:ﬂjf(x)dx. D.Vzﬂf(x)‘dx.
Loi giai:
= Chon dap an A.

Cho ham s8 y = f (x) c6 d6 thi y= f’(x) cit truc Ox tai ba diém c6 hoanh d6 a <b < ¢ nhu
hinh vé dudi day:

YA
o a/” \ b C/ X

N

Khang dinh nao dudi day ding?

A. f(b)>f(a)> f(c). B. f(a)> f(b)> f(c).
C. f(c)>f(a)>f(b). D. f(c)>f(b)> f(a).
Loi giai:
Ta c6 bang bién thién ctia ham s6 y = f (x):

X -0 a b c +00

(%)

f(b)
f(x) \ / \ /
f(a) f(c)

Tt bang bién thién suy ra trong ba gia tri f (a), f (b), f(c) thi f (b) lén nhat.

oo
[\

YA

X
=




Cau 13:

Cau 14:

b c
Ta c6: dién tich S; = [ f'(x)dx, dién tich S, =—[ f'(x)dx.
a b

b
Tir hinh vé ta cé: S, <S, < | £/(x)dx<—] £'(x)dx
a b

< f(b)-f(a)<f(b)-f(c) < f(a)>f(c).

Vay f(b)> f(a)> f(c).

= Chon dap an A.

Mot 6-t6 dang ding va bat dau chuyén dong theo mot duong thang véi gia tdc a(t) = 62t

(m / Sz), trong d6 t 1a khoang thoi gian tinh bang gidy k& tir lac 6 to bat dau chuyén dong.

Quang duong 6 t6 di duoc ké tir e bat dau chuyén dong dén khi van toc 6 td dat gid tri lon

nhat 1a

A9 (m) . B.20 (m). .18 (m). D.27 (m).

Loi giai:

Ta c6 v(t) = j a(t)dt = j (6-2t)dt =6t —t>+C

Do ban dau 6 t6 dang dimg nén v(0)=0<> C =0. Suy ra v(t) =6t —t*

Taco v, <t=3

Quang duong 6 t6 di duoc ké tir Itic bat dau chuyén dong dén khi van tdc 6 to dat gid tri 16n
3

nhat1a S = [(6t—t*)=18(m).
0

= Chon dap dn C.

Cho y = f(x) 1a ham s& da thiic bac ba c6 d6 thi nhu hinh vé bén dudi :

Tinh dién tich hinh phéng dwoc to dam.

N B. 2L, c 2. D. 2
4 12 12 3
Loi giai:

Giaste f(x)=ax’+bx*+cx+d c6 do thi (C) nhu hinh vé trén.

Piém 0(0;0) € (C) = d =0= f(x) =ax’ +bx*+cx.
a+b+c=0 a=-1

Céc diém A(L;0),B(2;2),D(3;0)e(C) > 4a+2b+c=1<<b=4 = f(X)=—x*+4x*-3X.
9a+3b+c=0 c=-3

Dién tich hinh phang can tim la



Cau 15:

Cau 16:

1 3 1 3
S =j[0— f(x)]dx+j[ f (x) —OJdx :_[(x3 —4x? +3x)dx+j(—x3+4x2 —3x)dx :%.
0 1 0 1
= Chon dap dn B.
Cho ham s6 y=f (X) lién tuc va nhan gia tri dwong trén R . Goi D, 1a hinh phéng gidi han
boi d6 thi ham s§ y = f (), cdc duong x=0, x=1 va truc OX. Goi D, 1a hinh phing giéi han

boi d6 thi ham sd y 2% f (), cdc duong x=0, x=1 va truc OX. Quay cac hinh phing D,,

D, quanh truc Ox ta duoc cac khdi tron xoay c6 thé tich Tan lwot 1a V,, V,. Khang dinh nao
sau day dung?
A.V,=9V,. B.V, =9V,. C.V,=3v,. D.V, =3v,.
Loi giai:
L 1 L1 1
TacoV, = 7Z'J‘ f2(x)dx vaV, =7Z'J|:§ f (X)} dX=§7rI f2(x)dx. Vay V, :§V1 hay V, =9V,.
0 0 0
= Chon dap an A.
Cho hinh vuéng ABCD tamO, do dai canh 1a 4 cm. Puong cong BOC la mdt phan cta
parabol dinh O chia hinh vuong thanh hai hinh phang c6 dién tich Ian lwot 1a S, va S, (tham

khao hinh vé).

4 cm
B C
Sy
4 cm
O
Sy
A D
Tisd —L bang
2
A. g B 1 C. 1 D §
5 2 3 5
Loi giai:
Ay
2
B C

Gén hé truc toa d0 nhu hinh vé.

2

Ta c6 phuong trinh parabol (P):y = % X°.



Cau 17:

Cau 18:

2
Suyra S, = j(Z—%ijdX =% (dvdt).
2

Dién tich hinh vudng ABCD 1a S,.., =4° =16 (dvdt).
16 32

Do do diéntich S, la S, =S,;.p —S; 16—32— (dvdt).
Vaytisg 21232 1

S, 3 3 2
= Chon dap an B.

Tinh dién tich S cta hinh phang (phan gach soc) giéi han boi d6 thi ctia cdc ham s8
y=X>,y=4Xx—-4 va y =—4Xx—4 nhu hinh vé bén.

As=2 B.S=2. D.s=2.
3 3 9
Loi gidi:

Ta thay duong thang y =-4X—4 va duong thang y=4x-4 lan luot 1a hai tiép tuyén ctia d6

thi ham s8'y = x* tai cac tiép diém c6 hoanh d¢ X=-2 va Xx=2.

Do tinh d6i xtting qua Oy ctia parabol Yy = x* nén dién tich hinh phang can tim béng 2 lan dién
X—2

tich tam giac canh OMT, vabang S = ZI[X —(4x—4 ]dx ZJ. (x—2) * dx —2( ) E

3 . 3
= Chon dap an B.
Cho ham s6 y = f(x) c6 db thi trén doan [ - 2;6] nhw hinh vé bén dudi.

\

Biét cAc mién A, B,C c6 dién tich Ian lwot 1a 32, 2 va 3.



Cau 19:

Cau 20:

2
Tinh | = I(Sx—4)(1+ f (—%xz +2x+5Ddx.
-2
A.Izé B.1 =-82. C.1=66. D.1=50.
Loi giai:
Détt:—gxz+2x+5:>dt:(—gx+2de:>(3x—4)dx:—2dt

Do6ican: - Véi x=-2=t=-2

Véi x=2=1t=6

Taduoc:l=—2i[1+ ]dt_—zjdt 2[ t)dt=-16-2M .

6 2
Voi M= [ f(t)dt= f( dt+j dt+j t)dt=-32+2-3=-33.
-2 -2
Vay: | =-16-2.(-33)=50.
= Chon dap an D.
Goi (H)1a hinh phang gi6i han béi d6 thi ham s§ y = x* —5x+4va truc Ox . Tinh thé tich cta
kh6i tron xoay sinh ra khi quay hinh (H) quanh truc Ox.

N3 ) o 0.2
2 10 10 2

Loi giai:
Phuong trinh hoanh d6 giao diém ctia d6 thi ham s& y = X* —=5x+4 va truc OX ta co:

) x=1
X°—-5x+4=0<

X=4
Thé tich ctia khoi tron xoay sinh ra khi quay hinh (H ) quanh truc Ox
V= njf dx 7Z'I X —5x+4) dx %
10

:>Chon dap an C.

Mot céi cong hinh Parabol nhw hinh vé sau. Chiéu cao GH =4m, chiéu réng AB=4m,
AC =BD =0,9m. Chu nha lam hai canh cong khi dong lai la hinh ch® nhat CDEF t6 dam c6
gia 1a 1200000 déng/m?, con cac phan dé trang lam xién hoa c6 gia 1a 900000 dong/m? (tham
khoa hinh vé)

G

A B
Hoi tong s0 tién dé€ lam hai phan noi trén gan nhat véi so tién nao dwdi day?
A. 11445000 dong. B. 4077000 dong. C. 7368000 dong. D. 11370000 dong.



Loi giai:
Gén hé truc toa do Oxy sao cho AB trung Ox, A trung O khi d6 parabol cé dinh G (2; 4) va

di qua goc toa do.

Gia stz phurong trinh ctia parabol ¢6 dang y =ax” +bx+c (a=0).

c=0
b a=-1
Vi parabol ¢6 dinh 1a G(2;4) va di qua diém O(0;0) nén ta c6 —£=2 Sib=4 .
a2 +b2rc=4 (°7°
Suy ra phuong trinh parabol 1a y = f(X) = —x* +4x.
“ X’ 7
Dién tich ctia ca cong la S = [(—X* +4x)dx=| ——+2x" | === (m?).
) 3 3

Mit khac chiéu cao CF = DE = f(0,9)=2,79(m); CD=4-2.0,9=2,2 (m) .

Dién tich hai cdnh cong 1a Scper = CD.CF =6,138 (m2 )

o “ . 32 6793 ; ,
Dién tich phan xién hoala S, =S —S_,.r = 3 6,14 = 1500 (m ) -

6793
Vay tong so tién dé lam cong la 6,138.1200000 + %.900000 =11441400 dong.
= Chon dap an A. ]
HET
Hué, ngay 10 thdng 02 nim 2021
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TICH PHAN - UNG DUNG
UNG DUNG TICH PHAN

PHIEU ON TAP SO 03

LSp Toan thay LE BA BAO

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Trudng THPT Ping Huy Tri SPT: 0935.785.115 Facebook: Lé B4 Bao
116/04 Nguyén L6 Trach, TP Hué Trung tim KM 10 Huong Tra, Hué.

Viét cong thic tinh thé tich V cuia phan vat thé giéi han boi hai mat phéng vuong goc voi
trucO X tai cac diém x=a, Xx=b(a<b) c¢ thiét dién bi cit boéi mit phang vudng goc véi truc
O x tai diém c6 hoanh do x(a <x< b) la S (X)

b b b b
A,V=7T2J.‘S(X)‘dX. B.szS(x)dx, C.V:ﬂIS(x)dx. D.VZEISZ(X)dX
a a a
Goi S la dién tich hinh phang giéi han boi cac dwong y =€, y=0, x=0, x=2.Ménh dé nao
duwdi day dung?
2 2 2 2
A.S=rx[edx B. S =[e'dx. C.S=r[edx D. S = [e”dx.
0 0 0 0
Tinh dién tich hinh phéang gii han boi d6 thi ham s8 y = x* —x va d6 thi ham s8 y = x—x°.
A. ﬂ B. g C. 8—1 D. 13.
12 4 12

Cho hinh thang cong (H) giéi han béi cac duong y=e*, y=0, x=0, x=In4. Dudng thang
x=k (0<k <In4) chia (H) thanh hai phan c6 dién tich la S, va S, nhu hinh vé bén. Tim K
d& S, =25,

(@] k In4

A.k=§|n4. B.k=In2. C.kzlng D. k=In3.

Dién tich hinh phéng gidi han bdi duwong y = x> —4x+1, y=m, (m < —3), x=0,x=31a
A.3m+6. B. 3m-6. C. -3m+6. D. -3m-6.
Cho ham s y = f(X) ¢ d6 thi trén doan [-1;4] nhu hinh vé dudi:



Cau 7:

Cau 8:

Cau 9:

4
Tinh tich phan 1 = [ f(x)dx.
-1

A=2, B.1=2.
2 2

Dién tich phan hinh phang gach chéo trong hinh vé bén duoc tinh theo cong thitc nao duwdi
day?

C. I =5 D. | =3.

g )

2 2 2 2
A. j(2x2—2x—4)dx. B. J(—2x+2)dx. C. J(Zx—z)dx. D. j(—2x2+2x+4)dx.

-1 -1 -1 -1
Cho d6 thi biéu thi van toc cta hai chat diém Ava B xudt phat cing mét lac, bén canh nhau
va trén cing mot con duwong. Biét d6 thi biéu dién van tdc cua chat diém A 1a mot duong
Parabol, d6 thi biéu dién van t&c ctia chat diém B la mot duong thang nhu hinh vé sau.
¢ vim ~

7 | e

) 3 4

Hoi sau khi di dugc 3 gidy, khoang cach gitra hai chat diém la bao nhiéu mét?

A.120m. B. 60m. C. 270m. D. 90m.

Duong thang y=kx+4 cat parabol y=(x- 2)2 tai hai diém phan biét va dién tich cdc hinh
phang S,, S, bang nhau nhw hinh vé bén.



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Ménh dé nao sau day dang?

AKe(-6-4). B ke(—l;—%). Cke(-2-1). D ke(—%;oj.

Ki hiéu (H) 1a hinh phing giéi han boi d6 thi ham s8 y =2(x—1)e*, truc tung va truc hoanh.
Tinh thé tich V cua khdi tron xoay thu dugc khi quay hinh (H ) xung quanh truc OX.

A.V =4-2e. B.V=(4-2¢)z.  C.V=¢&’-5 D.V =(e’-5)x.

Cho hai ham s& f(x):ax3+bx2+cx—% va g(x)=dx’+ex+1 (a,b,c,d,eeR). Biét rang do

thi ham s8 y = f (X) va y=g(X) cat nhau tai 3 diém c6 hoanh d6 lan luot 1a -3; -1; 1 (tham
khao hinh vé)
YA

\ 1/
Hinh phang gidi han béi 2 d6 thi da cho c6 dién tich bang

A. g B. 8. C. 4. D. 5.

2
Tinh thé tich V ctia phan vat thé gidi han boi hai mat phang x=1 va X =3, biét rang khi cat
vat thé boi mit phang vudng goc véi truc OX tai diém c6 hoanh do X (1< x < 3) thi duoc thiét
dién 12 mot hinh chit nhat c6 d6 dai hai canh 1a 3x va v3x* -2,
A.V =32+ 2415. B.V:%. c.vz%. D.V =(32+2V15)x.
Mot chat diém A xudt phét tir O, chuyén dong thang véi van tdc bién thién theo thoi gian boi

Y

quy luat v(t)= %tz +§—§t(m/ s), trong d6 t(gidy) la khoang thoi gian tinh tir lic a bat dau

chuyén dong. Tl trang thai nghi, mot chat diém B ciing xuat phét tit O, chuyén dong thang
cing huéng véi A nhung cham hon 3 gidy so véi A va c6 gia t8c bang a(m / sz) (a la hang
s0). Sau khi B xudt phat dwoc 12 giady thi dudi kip A. Van tdc ctia B tai thoi diém dudi kip A
bang

A. 20(m/s). B.16(m/s). C. 13(m/s). D. 15(m/s).



Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cho ham s Yy = f (). D6 thi cia ham s6 y = f'(X) nhu hinh bén dudi :

u

Pit g(x)=2f (x)—(x+1)°. Ménh dé nao duéi day ding?

A. g(-3)>9(3)>g(1). B. g(1)>g(-3)>9(3).

C. 9(3)>9(-3)>9g(2). D. g(1)>g(3)>g(-3).

Cho hinh phang (H) duwoc gi6i han boi cac duong x=1x=6€,y=0 va y=Inx. Thé tich (V)
ctia khdi tron xoay tao thanh khi quay (H ) xung quanh truc Ox dugc tinh theo cong thikc

AV =rx

jln xdx
1

) B.V:n.[|lnx|dx. C.V:nj'lnzxdx. D.V:J'Inzxdx.
1 1 1

Goi (D,) 1a hinh phéng gi6i han boi cac duwong y =2+/x,y =0 va x =2020;(D,) 1 hinh phing
gioi han boi cac duwong y = J3x, y=0 va x=2020. Goi V,,V, lan luot la thé tich khdi tron xoay
tao thanh khi quay (D,) va (D,) xung quanh truc Ox . Ti s& \% bang

2

NS B 203, 2. RCH
3 3 3 3
Ki hiéu S(t) 1la dién tich hinh phing gi6i han béi cic duong
y=2x+1,y=0,x=1 x=t, (t>1). Tim t 4 S(t)=10.
A t=4. B. t=13. C.t=3. D.t=14.
Cho ham sGy = ax® +bx* +cx+d, (a;b;c;d IS R) c6 d6 thi nhw hinh vé bén dwdi:

Biét dién tich hinh phang t6 dam bang 1. Gia tri ctia a+ 2b+3c+4d bang
A. -8. B. 1. C. 1. D. 8.



Cau 19: Chohamsg f (x) xac dinh va lién tuc trén doan [—5; 3] c6 d6 thi nhu hinh vé bén dudi:

YA

y=f(z)
Biét rang dién tich hinh phang S,, S,, S, gidi han béi d6 thi ham s§ f (x) va duong parabol

3
y=g(x)=ax’+bx+c fnluotla m,n,p. Tich phan [ f (x)dx bing

-5

A —men-pr2D B. m—n+ pr o,
45 45
. m-n+p-22 D. -m+n-p-22.
45 45
A \ \ < « 7. 2 2'\/§ 2 7. \ 7 \
Cau 20: Cho (H) la hinh phang giéi han béi parabol szx voi cung tron c6 phuong trinh

y=~9-x*, 0<x<3 va truc hoanh (phin t6 dim trong hinh vé duéi ddy). Dién tich S ctia hinh
phang (H) duoc tinh bang cong thitc nao dudi day?

22

A.S= (—xz— —szdx
I\

C S:ﬁj.ixz— —x%|dx.
+1\3

HET

Hué, ngay 10 thdang 02 ndm 2021
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Cau 1:

Cau 2:

Cau 3:

Cau 4:

TICH PHAN - UNG DUNG
UNG DUNG TIiCH PHAN

PHIEU ON TAP SO 03

Viét cong thirc tinh thé tich V cta phan vat thé gisi han béi hai mat phang vudng géc véi
trucO X tai cac diém x=a, x=Db (a < b) c6 thiét dién bi cat boi mat phang vuong goc véi truc

O x tai diém c6 hoanh d6 x(a<x<b) la S(x).

b b b b
A_V=7T2HS(X)‘dX. B.V:IS(x)dx, C.V=7[J.S(X)dx. D.VZﬂISZ(X)dX
a a a a

Loi giai:
= Chon dadp dn B.
Goi S la dién tich hinh phang giéi han boi cac dwong y =e*, y=0, x=0, x=2.Ménh dé nao
duwdi day dung?
2 2 2 2
A.S=rx[edx B. S =[e'dx. C.S=r[edx D. S = [edx.
0 0 0 0
Loi giai:

2
Dién tich hinh phang giéi han boi cic duongy =e*, y=0, x=0, x=2 la: S= J.e"dx .

= Chon ddp dn B.
Tinh dién tich hinh phéng gi6i han boi d6 thi ham sd y = x* =X va do thi ham s6 y = X —x°.
N Xl c 2 -
12 4 12
Loi gidi:
x=0
Phuong trinh hoanh d6 giao diém x* —x=x-x> & x*+x* -2x=0<| x=1
X=-2

Dién tich hinh phang gi¢i han boi d6 thi ham s§ y = x°* — X va d6 thi ham s6 y = x—x* la:

S:hx3—x—(x—x2)‘dx_‘j X2+ X —2x)dx+j(x +X —2x)dx
-2

x* X3
SANVIEANNN G
4 3

= Chon dap an A.

Cho hinh thang cong (H) giéi han béi cac duong y=e*, y=0, x=0, x=In4. Dudng thang
x=k (0<k <In4) chia (H) thanh hai phan c6 dién tich la S, va S, nhu hinh vé bén. Tim k
d4& s, = 25,.

0

. _‘ 168 H __1‘37

xt X3 '
Z 42 x| =
43

0

-2



(@] k In4

A.k:§|n4. B.k=In2. C.kzlng D. k=In3.

Loi giai:
In4

k
k In4
Tacéd S, :J'exdx:ex|0 =e“-1vas,= Iexdx=ex|k =4—¢,
0 k

Laico S, =25, <e -1=2(4-€") = k=In3.

= Chon dap an D.
Cau 5: Dién tich hinh phang giéi han boi duong y=x*—4x+1, y=m, (m<-3), x=0, x=3 1a
A.3m+6. B. 3m-6. C. -3m+6. D. -3m-6.
Loi giai:
Tacd: X —4x+1l=me x* —4x+1-m=0 (1)

A'=m+3<0,ym<-3
Ta c6 dién tich hinh phang la:

j’.(x2 —4x+1— m)dx

0

S=ﬁx2—4x+1—m\dx= =|-6—3m|=-6-3m.
0

= Chon dap an D.
Cau 6: Chohamso y= f(X) c6 do thi trén doan [-1;4] nhw hinh vé duéi:

4

Tinh tich phan 1 = [ f(x)dx.

A.I:E. B.I:E. C. I =5 D. | =3.

2 2
Loi giai:
4 0 1 2 3 4
Ta cé: |=j f(x)dx:j f(x)dx+jf(x)dx+jf(x)dx+jf(x)dx+jf(x)dx
0 1 2 3

-1 -1



:1+2+1—1—1:§.
2 2

= Chon dap dan A.
Cau 7: Dién tich phan hinh phang gach chéo trong hinh vé bén duoc tinh theo cong thitc nao duéi
day?
r — 1
3

2 2 2 2
A. [(2¢-2x-4)dx. B. [(-2x+2)dx.  C. [(2x-2)dx, D. J'(—2x2+2x+4)dx.

-1 -1 -1 -1
Loi giai:

Phan hinh phang gach chéo trong hinh vé bén duoc gidi han béi hai d6 thi ham s8 y =-x* +3

vay = x> —2x—1 nén cé dién tich duoc tinh theo cong thtec:
2

S= jl‘(—xz +3)—(x* —2x—1)‘dx = j[(—xz +3)—(x* —2x—1)]dx = I(—sz +2x+4)dx.

= Chon dap an D.

Cau 8: Cho d6 thi biéu thi van toc cua hai chat diém Ava B xudt phat cung mot lac, bén canh nhau
va trén cing mot con duong. Biét d6 thi biéu dién van tdc cua chat diém A 1a mot duong
Parabol, d6 thi biéu dién van t&c ctia chat diém B la mot duong thang nhue hinh vé sau.

botonts

) 3 4

Hoi sau khi di dugc 3 gidy, khoang cach gitra hai chat diém la bao nhiéu mét?

A.120m. B. 60m. C. 270m. D. 90m.
Loi giai:
Phuong trinh van tc cta chét diém A c6 dang v(t)=at®+bt+c.

v(0)=0 c=0 a=-20

Duwa vao do thi ta cé V(3)=60<:) 9a+3b+c=60<=<:b=80
v(4)=0 16a+4b+c=0 c=0



Cau 9:

Cau 10:

= Vv(t)=-20t* +80t suy ra quang dudng chat diém A di duwocsau 3 gidy dau la
3 3
S, = [v(t)dt = [(-20t* +80t)dt =180(m).
0 0
Van t6c chdt diém B c6 phuong trinh la v(t)=20t, suy ra sau 3 giay chat diém B di duoc

3
quang duongla S, = IZOtdt =90(m).
0

Vay sau khi di duoc 3 gidy, hai chat diém cach nhau 180-90=90 (m).

= Chon dap an D.

Pudng thing y=kx+4 ct parabol y=(x—2) tai hai diém phan biét va dién tich cic hinh
phang S,, S, bang nhau nhw hinh vé bén.

Ménh dé nao sau day dang?

A ke(-6-4). B. ke(—l;—%). C. ke(-2-1). D. ke(—%; j
Loi giai:

x=0

Phuong trinh hoanh d6 giao diém (x—2)° = kx+4 @Xz—(k+4)x=0c>{x Kid
=k +

Duong thang y =kx+4 cat cac truc toa do tai cac diém A(—%;Oj , B(0;4).

—%>k+4>2 < -2<k<0.

Dién tich hinh phéng S, = T(kx+4—(x—2)2)dx - T(_xz ~(k+4)x)dx :%(k +4Y’.
0 0
4

) k+4 ) K 1 3 (k+2)4
Dién tich hinh phang S, = [ (x=2)"dx+ | o+ 4)dx=—(k+2) ===
2 k+4
‘ k=-0,457 (TM
S, =S, < i(k+4)3:l(k+2)3——(k+2) =S ( )
6 3 2k k=-554 (L)

= Chon dap an D.
Ki hiéu (H ) 1a hinh phéng gidi han boi d6 thi ham s6 y =2(x—1)e", truc tung va truc hoanh.

Tinh thé tich V ctia khéi tron xoay thu dwoc khi quay hinh (H ) xung quanh truc Ox .
AV =4-2e B.V=(4-2¢)z.  C.V=e’-5 D.V =(e*-5)x.
Loi giai:

Phuong trinh hoanh d6 giao diém 2(x—-1)e* =0« x=1



Thé tich ctia khéi tron xoay thu dwgc khi quay hinh (H) xung quanh truc Ox la:

dv = e?*dx V=

1

V= ﬂI[Z(X—l)eX]ZdX = 47rj‘(x—1)2 e?*dx. bat {

0

2x [t 1 2X 2X

SV =dz(x-1) = ~4z[2(x-1) S dx=dr(x-1) S| —dx[(x-1)e%dx
2| ) 2 2|
1 U=Xx-1=du=dx
Goi I, = [(x-1)e**dx. D4t 2
o ;[( ) av-erdx=v="°

=27 —ne* + 7 =31 — 7€’

1
0

e2x 1 1 e2x
= Il:47z(x—1) —472"" dx = 27 — 7>
2 0 5 2

2xl

Vay V =4z (x-1) 2

-1 :—27z—<37z—7zez):7r(e2—5).
0

= Chon dap an D.
Cau 11: Cho hai ham s& f (x)=ax’+bx* +cx—% va g(x)=dx’+ex+1 (a,b,c,d,eeR). Biét rang do
thi ham s6 y = f (x) va y=g(x) cit nhau tai 3 diém c6 hoanh d6 Ian luot 1a —3; —1; 1 (tham

khao hinh vé)
YA

N 1/
Hinh phang giéi han boi 2 &6 thi da cho c6 dién tich bang

A. g B. 8. C. 4. D. 5.

2
Loi gidi:
Cach 1:

=Y

Xét phuong trinh ax3+bx2+cx—l=dx2+ex+1f1 a+ (b- d)x*+ (c- e)x- gz 0cHd3

—27a+9(b—d)—3(c—e)—g:0 b—d:g
nghiém lan luotla —3; —1; 1 nén suy ra —a+(b—d)—(c—e)—g:0 = a:%
3 -1
b-d -e)-==0 —-e=—
a+(b—d)+(c—e) > c-e=—

Vay f(x)—g(x):%x3+gx2—%x—g.



Cau 12:

Cau 13:

Hinh phéng gi(’yi han b(yi 2 d6 thi da cho c6 dién tich bang
S = _[ ))dx + I — f(x))dx

S = I( x+3x —lx—Ejd —I£1x3+3x2—1x——jdx 2+2=4.
2 2 2 ° 2 2 2 2
Cach 2:

Tacod: f(x)—g(x)=a(x+3)(x+1)(x-1).
3

g
Suy ra a(x+3)(x+1)(x—1):ax3+(b—d)x2+(c—d)x—§
Xét hé so tu do suy ra: —Sa:—g:azé.Do do: f(X)—g(X)=%(X+3)(X+l)(x—1).

Dién tich bang: S ::E[f (x)-g (x)]dx+j.1[g(x)— f (x)]dx

-1 1
&S :%j(x+3)(x+1)(x—1)dx—%_[(x+3)(x+1)(x—1)dx -4,
-3 -1
= Chon dap an C.
Tinh thé tich V ctia phan vat thé giéi han boi hai mit phang x=1 va X =3, biét rang khi cat
vat thé boi mit phang vudng goc véi truc OX tai diém cé hoanh do X (1< x < 3) thi duoc thiét

dién 12 mot hinh chit nhat c6 dd dai hai canh 1a 3x va v3x*-2.

A.V =32+ 2415. B.V:%. C. v_% D.V =(32+2V15)x.
Loi giai:
Dién tich thiét dién 1a: S(x) = 3x/3x% — 2
3
= Thé tich vat théla: V = j 3xA/3x? —2dx = %
1
= Chon dap an C.
Mot chat diém A xudt phat tir O, chuyén dong thang véi van toc bién thién theo thoi gian béi
quy luat v(t)= ﬁtz +%t(m/ s), trong d6 t(gidy) la khoang thoi gian tinh tir lic a bat dau

chuyén dong. Tl trang thai nghi, mot chat diém B cling xuat phét tir O, chuyén dong thang
cung huéng véi A nhung cham hon 3 gidy so v6i A va cd gia tdc bang a(m / Sz) (a la hang
s0). Sau khi B xuéat phat dwgc 12 gidy thi dudi kip A. Van toc ctia B tai thoi diém dudi kip A
bang

A. 20(m/s). B. 16(m/s). C. 13(m/s). D. 15(m/s).

Loi giai:
f(1 ., 59

Quéng duong chat diém A di tir dau dén khi B dudi kip 1a S =j(ﬁt2 7—5tjdt =96(m).
0

Van t3c ctia chat diém B 1a v, (t) = [adt =at+C .

Tai thoi diém t =3 vat B bit dau tir trang thai nghi nén v, (3) =0 C=-3a.



Cau 14:

Lai c6 quang duwong «chit diém B di duwgc dén

15 atZ 15
S, :J'(at—3a)dt:(7—3at] =72a(m).
3

3
4
Vay 72a=96<>a=—(m/s?).
dy 5 (m/s?)
Tai thoi diém dudi kip A thi van toc cta B 1a v, (15)=16(m/s).
= Chon dap an B.

Cho ham s Y = f (). D6 thi cia ham s6 y = f'(X) nhu hinh bén dudi :

e

=

D3t g(x)=2f (x)—(x+1)". Ménh dé nao duéi day dung?

A. 9(-3)>9(3)>g(1). B. g(1)>g(-3)>g(3).
C. 9(3)>9(-3)>g(2). D. g(1)>g(3)>g(-3).
Loi gidi:

Tacod 9'(x)=2f"(x)-2(x+1)

X |—o0 -3 1 3 +00
g'(x) - 0 + 0 —o 0 +

(x) +00 g(1) +00
5 \g(—3)/' ~Ng(3)

khi

gap

A

la



Cau 15:

Cau 16:

— e — =
L o e S
¥=

Goi S, la dién tich hinh phang giéi han boi cac dwong: y = f'(x), y=x+1 x=-3, x=1
Goi S, la dién tich hinh phang gidi han bdi cac dwong: y=x+1, y=f'(x), x=1, x=3
Dua vao hinh vé, ta thay: S, > S, >0.

Suy ra: S,—-S, >0 :>j;[f’(x)—(x+1)]dx—Jj[(x+1)— f'(x)]dx>0

:>j;[f’(x)—(x+1)]dx+::f[f'(x)—(x+1)]dx>0 :Js;[f'(x)—(x+1)]dx >0.

Khi d6: g(3)-g(-3)= I g’(x)dx:Zj[f’(x)—(x+l)]dx >0 (2)

-3
Tix (1) va (2) suy ra: g(1)>9(3)>g(-3).
= Chon dap an D.
Cho hinh phéng (H) duoc giéi han boi cac duong x=1,x=¢€,y=0 va y=Inx. Thé tich (V)

ctia khéi tron xoay tao thanh khi quay (H ) xung quanh truc Ox dugc tinh theo cong thiic

A V=rx

Je'ln xdx
1

) B.V=7Z'I||ﬂX|dX. C.V=;zj'ln2xdx. D.V=j|n2xdx.
1 1 1

Thé tich (V) ctia khéi tron xoay tao thanh khi quay (H ) xung quanh truc Ox la:
V= 7;_[ In? xdx.
1

= Chon ddp dn C.
Goi (D,) 1a hinh phéng gidi han boi cac duwong y =2+/x,y =0 va x =2020;(D,) 1 hinh phing
giGi han boi cac duwong Y =+/3x,y =0 va x=2020. Goi V,,V, I4n luot 1a thé tich khéi tron xoay

tao thanh khi quay (D,) va (D,) xung quanh truc Ox. Ti s& \% bang

2

Al B 203, cZ. p. Y6
3 3 3 3
Loi giai



Cau 17:

Cau 18:

Ta c¢6 phwong trinh hoanh d¢ giao diém la:
2x=0(x2>0) < x=0

2020 2020
SuyraV, =7 j (2vx ) dx =1 j axdx =27’ | " =27.2020°
Xét V,:

Ta c¢6 phuwong trinh hoanh d6 giao diém la:

J3x=0(x20) < x=0

2020 2020 2020 2
Suy ra V, —7ZJ‘< ) dx = ﬁIBXdX——ﬁX 3 7.2020°. Vay\/—zgﬁ'zﬂ:ﬂ
2 Ve r2020

= Chon dap an A.

Ki hiéu S(t)la dién tich hinh phidng giéi han boi  cac
y=2x+1,y=0,x=1 x=t,(t>1). Tim t 4¢ S(t)=10.

A.t=4. B. t=13. C.t=3. D. t=14.

Loi giai:

Taco S(t J.|2X+1|dx Do Xe[l t] t>1nén 2x+1>0.

Khi d6: S(t)=|(2x+1)dx = (x2+x)|§:t2+t—2.

._\t_.,,-.

t
D¢ S(t)=10 thi t2+t—2:10<:>t2+t—12:0<:>{
Do t>1nén t =3 théa man.
= Chon dap dn C.

Cho ham sGy = ax® +bx* +cx+d, (a; b;c:d e R) c6 d6 thi nhw hinh vé bén dwdi:

/

Biét dién tich hinh phang t6 dam bang 1. Gia tri ctia a+ 2b+3c +4d bang

A. -8. B. -1. C. 1. D. 8.

Loi giai:

D6 thi ham s6 di qua cdc diém o toa do Ian luot 1a (1;0);(3;0);(5;0) néntaco

3

duwong



a+b+c+d =0
27a+9%+3c+d =0 (1)
125a+25b+5c+d =0
Dién tich hinh phang t6 dam
5 3 5
S:Hf(x)‘dx=1<:>ﬂf(x)‘dx+ﬂf )dx 1<:>If(x If (x)dx=1
1 1 3 1
<:>F(3)—F(1)—F(5)+F(3)=1<:>2F(3)—F(1)—F(5)=1c>—116a—24b—4c=1.(2)
ax* bx® cx 81 a b c

ol | f(x)dx=—+— +dx=F(x); F(3)=—a+9%+— c+3d F(l)=—+=+—=+d
véi [ 1 (x) 432 (x): F(3)=7 2 W=3+3%3
F(5)=22a 125b +5d
4 2
1
a==
8
a+b+c+d=0 9
\ |27a+9b+3c+d =0 b=§
Tt (1) va (2) ta c6 hé: =
125a+25b+5¢c+d =0 c—§
-116a-24b-4c=1 8
s
8
Khi d6 a+2b+3c+4d =-1.
= Chon dap an B.
Cau 19: Chohamso f (x) xac dinh va lién tuc trén doan [—5;3] cO d6 thi nhw hinh vé bén dwdi:

YA

Biét rang dién tich hinh phang S,, S,, S, giéi han béi d6 thi ham s§ f (x) va duong parabol

y=g(x)=ax’+bx+c lanluotla m,n, p.Tich phanj x)dx bang

208 208
A.—m+n—-p+—. B m-n+p+—r.

45 45

208 208
C.m-n+p-=—. D. -m+n-p-=2.

45 45
Loi giai:

Tir d6 thi ta thay



Sl::fz[f(x)—g(x)]dx:]?f )dx — Ig dx:>.[ X)dx = S+Ig

Szzj[g(x) ]dx—jg ff dx:>_|.f dx—jg x)dx—S,.

-2
3 3 3

33='([[f(x)—g(x)]dx:.([f(x)dx !g( dx:>J' X)dx = S+Ig

Do vay: j f(x)dx=Sl—Sz+SB+J'g(x)dx=m—n+ p+jg(x)dx
-5 -5 _

Do d6 ta loai dép an AvaD.

208
Tt d0 thi ta thay '[ g(x)dx la sd duong. Ma 2 dép an con lai chi c6 5 la pht hop, nén ta

chonj dx m-— n+p+@

45

Chu y: C6 thé tinh J- g(x)dx nhuw sau:

-5

Ttr d6 thi ham s& y = g(x) ta thdy n6 di qua cac diém (-5;2), (-2;0), (0;0) nén ta co:

25a—-5b+c=2 ) 208

4da—-2b+c=0 :>a=—,b=i ¢ =0. Do do: J'g x)dx = J'( ) =—.
15 15 45

c=0

= Chon dap an B.

Cau 20: Cho (H) la hinh phédng gii han bdi parabol y=¥x2 véi cung tron c¢d phuong trinh

y=~9-x*, 0<x<3 va truc hoanh (phin té ddm trong hinh vé dwéi ddy). Dién tich S ctia hinh
phang (H) duoc tinh bang cong thitc nao dudi day?

Y=




3
3 2
A S:I(ixz—\/Q—xzjdx B. S=I— x2dx .[\/9 x2dx .
0 \/— o\/7 3
s Z
3 2 2 2 2
C. S=7x||-=x*—=49—-x?|dx D. S = | —=x%dx—|+/9— x?dx
[N [

-----

[

Xét phuong trinh —— x* =+/9—x* :>Xz§(V‘10SXS3).
3

3
23, = t2 L, P
3 xdx+! 9 XdeS_JﬁXdX__! 9—x“dx.
2

Quan sat do thi, suy ra S =

O V| W

0
= Chon dap an D.
HET
Hué, ngay 10 thdng 02 nim 2021
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Cau 1:

Cau 2:

Cau 3:

TICH PHAN - UNG DUNG
UNG DUNG TIiCH PHAN

PHIEU ON TAP SO 04

Dién tich hinh phang ctia hinh duwoc to den nhu hinh vé bén la

= J(=)
N ——— _p——-— =~
’/ o glx)
-

o« “ o

b b

A. nj[f(x)—g(x)]dx. B. nj[g(x)—f(x)]dx.
C. j[f(x)—g(x)]dx. D. j[g(x)—f(x)]dx.

Cho hinh phéng trong hinh (phan t6 dam) quay quanh truc hoanh. Thé tich khdi tron xoay tao
thanh duoc tinh theo cong thirc

. )':ff}']

AV =ﬂj:[f2(x)—gz(x)]dx. B.V =7Z'.l!]:|:f (x)—g(x)]2 dx.
C.V =i[f (x)—g(x)]2 dx. D.V =7zj:[f (x)—-g(x)]dx.

Cho hai 6 thi ham & f (x)=3- x> va ¢ (X) =2" c6 @6 thi nhw hinh vé bén dudi:

[ P

Dién tich phan hinh phing gach chéo trong hinh vé duoc tinh theo cong thiic nao dudi day ?



Cau 9:

A j[(3—x2)2—4x}dx. B. j 3-x*~2')d
0
C. j -x*-2) D. js x° —

Cho ham s6 f ( )=x%°—=3x*+2x. Tinh dién tich S ctia hinh phang gi6i han boi d6 thi ham s8

y = f(X), truc tung, truc hoanh va dudng thang x =3

As=2 B.S=12. cs=2. D.s=2.
4 4 4 4

Thé tich khéi tron xoay khi cho hinh phang gidi han boi Parabol (P):y =X’ va duong thang
d :y=2x quay quanh truc Ox bang

A. ﬂj.4X2dX—7r.2[X4dX. B. 7ri(x2—2x)2 dx. C. ﬂ'j-(XZ—ZX)dX. D. njz'4x2dx+7rix4dx.
0 0 0 0 0 0

< N, 4 _1 \ 7 A .
Goi S la dién tich hinh phang giéi han boi d6 thi ham s6 (H ) Y= X_l va cac truc toa d6. Khi
X+

do gia tri ctia S bmeg

A.S=2In2-1. B.S=In2+1. C.S=In2-1. D. S=1-2In2.

Cho hinh phang D giéi han boi cac duong y=5, y=0, x=-2, x=2. Thé tich khdi tron
xoay tao thanh do hinh phéng D quay quanh truc hoanh dwoc tinh theo cong thitc nao duwdi
day?

AV = 7er 25" dx. B.V = isZde. C.V= j
% %

5X)dx. D.V = 27zj 52 dX.
0

Cho ham s6 y=f (X) cO dao ham lién tuc trén doan [0;7] va c¢b do thi y= f'(X) trén doan
[0; 7] nhu hinh vé.

AY
() 2 1 - 1
+ - 5 > - -

Dit g(x)=f(2x-1)biét rang dién tich cdc hinh phang trong hinh vé lan luot la
244 28 2528

slzf,s2 :E,sg:F va f(0)=1.Tinh g(4).
A 2 B, 2218 c. % p. 27>
15 15 3 15

Tinh thé tich ctia vat thé nam gitta hai mat phang x =1va X =2, biét rang thiét dién cua vat
thé bi cit boi mat phéng vudng gbc véi truc OX tai diém c6 hoanh d6 X, (lS X < 2) la mot
hinh chit nhat c6 &6 dai hai canh 1a x va VX2 +3.

_ 8J7 -7 1642 -7
A. 77 -8 7 . C.\/_T. D. 8J2-4.

. B.
3 3




Cau 10:

Cau 11:

Cau 12:

Cau 13:

Tinh dién tich S cuta hinh phéng (phéan gach soc) giéi han boi hai d6 thi ham s6 f (X) = \/; va
g(X)=x—2 nhu trong hinh sau:
YVa

3

A.S:Z. B.S:E. C.S:E. D.S:Z.
3 3 3 3

Nguoi ta xay san khau véi mat san c6 dang hgp cua hai duwong tron giao nhau. Ban kinh cta
hai hinh tron Ian lwot 1a 20m va 15m. Khoang cach gitta hai tdm cta hai hinh tron la
30m .Chi phi ]am mdi mét vudéng phan giao nhau ctia hai hinh tron 1a 300 nghin déng va chi
phi lam modi mét vudng con lai 1a 100 nghin dong (tham khao hinh vé)

\ Y

Hoi s6 tién lam mat san san khdu gan véi sd nao trong cac s6 dudi day?

A. 202 triéu dong. B. 208 triéu dong.  C. 218triéu dong.  D. 200 triéu dong.

Trong mat phang cho Parabol (P):y=x* va duong tron (C):x* +y? =2 . Tinh dién tich phan
to dam (gan dung dén hang phan tram).

A.1,19. B. 1,90. C.1,81. D. 1,80.
Dién tich hinh phéng gidi han boi hai d6 thi ham s6 y = X}, y=x*—4x+4 va truc Ox duoc
tinh theo cong thitc nao dudi day?



Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

A. j.‘x3—(x2—4x+4)‘dx. B. —j'x3dx+i(x2—4x+4)dx.
0 0 1

2

C. jx3dx—.|.(x2—4x+4)dx.
0

1

D. j.XBdX+j.(X2 —4x+4)dx.
0 1

Tinh dién tich hinh phing gi¢i han béi cac duong y=X*, y= 1 X+ 4 va truc hoanh.
I B. &L facy D. ¥
6 3 162 2
Poan duwong théng AB ¢6 chiéu dai 200 km. Hai xe 6t6 khoi hanh cung mot luc, xe 6td tht

nhat di tiv A dén B véi van téc v, =8t +40 km/h, xe 6t6 tht hai di tir B dén A vdéi van toc
Vv, =2t +50km/h . Hoi sau bao lau thi hai xe gap nhau?

A. 3 gio. B. 5 gio. C. 4 gio. D. 2 gio.
Tinh dién tich hinh phang dugc danh d&u trén hinh dwdi:
28 1 18 2
A S="—". B.S=3V2->. C.S=—. D. S=2J3-Z.
3 V2 3 3 V3 3

Thé tich vat thé tron xoay khi quay hinh phang gi6i han boi cac duong y=1-x°, y =0 quanh
a , A oa A N e .o Y
truc Ox laV = Fn véi a, b 1a sé nguyén va Y 14 phéan s6 t6i gian. Khi d6 a+b bang

A.11. B.17. C. 25.
Tinh dién tich S ctia hinh phang (phan gach soc) trong hinh sau:
yA

D. 31.




Cau 19:

Cau 20:

As=8 B =12 c.s=1 D.s=L.

3 3 3 3
Cho chiéc trong nhu hinh vé, c6 duong sinh la ntra elip duoc cit boi truc 16n véi d6 dai truc
16n bang 80cm, d6 dai truc bé bang 60cm va day trong 1a hinh tron c¢6 ban kinh bang 60cm .

Tinh thé tich V cta chiéc trong (két qua lam tron dén hang don vi).

— dudng sinh

A.V =344963cm°. B. V =344964cm®. C.V =208347cm®.  D.V =208346cm°.
Thé tich khéi tron xoay do hinh phang gi6i han boi cac dwong x+y-2=0;y = Jx; y =0 quay
quanh truc Ox bang

A.S—”. B.z—ﬁ. C.6—”. D.

6 3 s
HET
Hué, ngay 10 thdang 02 ndm 2021

oo
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TICH PHAN - UNG DUNG

UNG DUNG TICH PHAN
PHIEU ON TAP SO 04
LOI GIAT CHI TIET
Cau 1: Dién tich hinh phéng ctia hinh dugc to den nhu hinh vé bén 1a
4y
v = f(x) ,/
oo S5 S4 L
— e
) a b -
b b
A n_[[f (x)- g (x)]dx. B. nj[g(x)— f (x)]dx.
a a
b b
C. j[f (x)—g(x)]dx. D. I[g(x)— f(x)]dx.
a a
Loi giai
b

Dién tich hinh phéng cta hinh duoc to den nhw hinh vé bén 1a I [f(x)-g(x)]dx.
a
= Chon dap an C.
Cau 2: Cho hinh phang trong hinh (phan t6 dam) quay quanh truc hoanh. Thé tich khdi tron xoay tao
thanh dwoc tinh theo cong thitc

A.V =ﬂi[f2(x)—gz(x)]dx. B.V =7rjj[f (x)—g(x)]2 dx.
C.V :J:.[f (x)—g(x)]zdx. D.V =7Z'§|:f (x)—g(x)]dx.
Loi giai:

= Chon dap dan A.

Cau 3: Cho hai d6 thi ham s8 f (x)=3-x* va g(X)=2" c6 d6 thi nhw hinh vé bén dudi:



Cau 4:

Cau 5:

/

Dién tich phan hinh phang gach chéo trong hinh vé dugc tinh theo cong thitc nao dudi day ?

A. ﬁj-[(B—XZ)Z—M}dX ) B. j(3—x2—2X)dx.
0

C. i(3—x2—2x)2dx. D. Ts X2 —

Lbilgidi: 1

Dua theo hinh vé trén, dién tich phan gach chéo tinh theo cong thuc

j‘s—xz —2* dx:‘l[(?,—x2 —2X)dx.
0 0

= Chon ddp dn B.
Cho ham s§ f (x)=x’—-3x*+2x. Tinh dién tich S ctia hinh phéng gidi han béi d6 thi ham s§

y = f(X), truc tung, truc hoanh va duong thang x =3

AS—E BS—E CS—E D.S:g.
4 4 4 4

Loi giai:
. : 11
Ap dung cong thitc ta co: S = _HX3 —3x* + ZX)dX =7
0
= Chon dap an C.
Thé tich kh&i tron xoay khi cho hinh phang gidi han boi Parabol (P):y =X’ va duong thang
d:y =2x quay quanh truc OX bang
2 2 2 2 2 2
A. ﬂ_[ 4x*dx —7Z'J. x‘dx. B. 7Z'I(X2 —~ 2x)2 dx. C. 7rJ.(x2 -2x)dx.  D. nJ.4x2dx + 7Z'I x“dx.
0 0 0 0 0 0
Loi giai:
Phuong trinh hoanh dd giao diém ctia: Parabol (P):y =X* va duong thang d : y = 2x la:
x=0

XZ:ZXC{
X=2




Cau 6:

Cau 7:

Cau 8:

Goi D, 1a hinh phang gi6i han béi d6 thi cac duong thang: y=2x;y=0;x=0;x=2.
Quay hinh phang D, quanh Ox ta duoc khéi tron xoay c6 thé tichV, = nj-4xzdx .
Goi D, 1a hinh phang giéi han béi Parabol (P):y = x* va cdc dudng thérig: y=0;x=0;x=2.
Quay hinh phéng D, quanh OX ta dwoc khdi tron xoay c6 thé tich V, = ﬂ'j. x*dx.
0
Thé tich kh&i tron xoay khi cho hinh phéang giéi han boi Parabol (P):y= X’ va duong thing
d:y=2x quay quanh truc OX c6 thé'tich V =V, -V, = ﬂj4X2dX —7rJ2. x*dx..
= Chon dap an A. 0 0
Goi S la dién tich hinh phéang giéi han béi d6 thi ham s8 (H ) Yy = i—: va céc truc toa d6. Khi
d6 gia tri ctia S bang
A.§=2In2-1. B. S=In2+1. C.S=In2-1. D. §=1-2In2.
Loi giai:

. . . x-1
Phuong trinh hoanh d6 giao diém ctua (H) va OX la P 0= x=1.
X+

2 N ’ _1 \ I A1)
Dién tich hinh phang S gidi han boi d6 thi ham s6 (H ) Y= X_l va cac truc toa do la
X+
1
s=|
0

= Chon dap an A.

Cho hinh phang D gi6i han boi cac duong y=5", y=0, x=-2, x=2. Thé tich khé&i tron
xoay tao thanh do hinh phang D quay quanh truc hoanh dwoc tinh theo cong thitc nao duwdi
day?

1

x:I_X+1dx:J.l(—l+iljdx:(—x+2ln|x+1|)‘ =2In2-1.

x—1 1
y X+1 0 X+ 0

X+1

AV = ﬂi 25" dx. B.V = is“dx. C.V= i
o) -2 -2

2

5*[dx. D.V =27 5"dx.
0

Loi gidi:

Ta c6 thé tich khéi tron xoay do hinh phang giéi han boi cac

duongy = f(x), y=0, x=a, x= b (a < b) sinh ra khi quay quanh truc Ox la

b
V=7Z'jf2(X)dX.

2 2
Ap dung cong thikc ta c6: V = 7[_[ (5X )2 dx = 7rJ. 25"dx.
-2 )
= Chon dap an A.
Cho ham s§ y=f (X) c6 dao ham lién tuc trén doan [0;7] va c¢b do thi y= f’(x) trén doan
[O; 7] nhuw hinh vé.



Cau 9:

A

() 2 3 ' 1
+ € 5 2 -

Dat g(x)=f(2x-1)biét ring dién tich cdc hinh phing trong hinh vé lan luot la
_24 28 2528

S, va f(0)=1.Tinh g(4).

BT i

A2 B. 228 c > p. 2%
15 15 3 15

Loi giai

2
Taco S, =[|f'(x)-0ldx=f (x), = f (2)- £ (0).
0
Ma §, = T vaf(0)=lsuyra f(2)= T +1= T
3
Tuong tu S, = [|1'(x)-0jdx=—T (x), = f (2)- f (3)
2

259 259 28 231
25 =20 af(2)=2> f(3)= 22220 _ 23
Ma§,= o vaf(2)="- suyra £(3)=""~-="1

s, :E\f'(x)_o\dx: F(x)=f(7)-f(3)

2528 231

Ma SS :F va f(3):Esuy ra f(7): 2528+ 231_ 2759

15 15 15 °
Do g(x)= f (2x~1) néng(4)=f (24-1)= f(7):%.

= Chon dap an D.
Tinh thé tich ctia vat thé nam gitta hai mit phang x =1va X =2, biét rang thiét dién ctia vat
thé bi cit boi mat phéng vudng gbc véi truc OX tai diém c6 hoanh d6 X, (1S X < 2) la mot

hinh chi* nhat c6 6 dai hai canh1a x va vx° +3.

A. 7‘/7_8. B. 8ﬁ_7. C. 16‘/5_7. D. 82 - 4.
3 3 3
Loi giai

Dién tich thiét dién ctia vat thé bi cit boi mit phé’mg vuong goc voi voi truc OX tai diém co
hoanh do X,(lS X < 2) la: S =xy/x*+3.
Khi d6 thé tich ctia vat thé nam gifta hai mat phang x =1va x=2 la:

Vv :Jz’x\/x2 +3dx=%j'\/x2 +3d(x2 +3)=%§(x2 +3)\/x2 +32 7ﬁ_8.
1 1

1 3

= Chon dap an A.



Cau 10:

Cau 11:

Tinh dién tich S cuta hinh phéng (phéan gach soc) giéi han boi hai d6 thi ham s6 f (X) = \/; va
g(X)=x—2 nhu trong hinh sau:
Y

3

A.S:Z. B.Szﬂ. C.S:E. D.S:Z.
3 3 3 3
Loi giai:

4

4 4 3 2
S =”\/§—(x—2)‘dx =J'\/§—(x—2)dx :[sz —X—+2x]
5 0 3 2
= Chon dadp dn B.
Nguoi ta xay san khau voi mat san c6 dang hgp cua hai duwong tron giao nhau. Ban kinh ctia
hai hinh tron Ian lwot 1a 20m va 15m. Khoang cach gitta hai tdm cta hai hinh tron la
30m .Chi phi ]am mdi mét vudéng phan giao nhau ctia hai hinh tron 1a 300 nghin déng va chi
phi lam mo6i mét vudng con lai 1a 100 nghin dong (tham khao hinh vé)

2

\ Y

Hoi s6 tién lam mat san san khdu gan véi sd nao trong cac s6 dudi day?
A. 202 triéu dong. B. 208 triéu dong. C. 218 triéu dong. D. 200 triéu dong.
Loi giai:



Cau 12:

Goi 1,J lan lwgt la tm cua hai dwong tron ban kinh20m, 15m .

Goi A, B la giao ctia hai duong tron.

Chon hé truc toa d¢ Oxy sao cho Oy trung |1J va Ox songsong véi AB va | la gdc toa dd
(nhw hinh vé).

Khi d6 duodng tron tam | ban kinh R =20m cé phuwong trinh X* + y* =400 .

Vi khoang céch gifta hai tdm ctia hai hinh tron 1a 30m nén J (0;30) . Do d6 dwong tron
tam J (0;30) ban kinh R =15m c6 phuong trinh x? +(y-30)" = 225.

Khi d6 phan chung ctia hai duwong tron giéi han boi {y =+/400—x%;y =30—~/225 - x? } .
44455

=+
y =~/400 - x2 X=*71
Xét hé =
y=30-v225-x*> |, _215
12
Dién tich phan chung cta hai duong tron la
5./455
12
S, = j (\/400—x2 12252 —3o)dx ~ 60,2 .
—5./455
12

Dién tich riéng ctia hai duwong tron la S, = 6257 — 25, = 6257 -120,4.

S& tién chi phi 1a 300000S, +100000S, ~ 300000.60, 2+100000.(6257 —120,4) ~ 202369540.

Vay s0 tién lam mdt san san la gan 202 triéu dong.

= Chon dap an A.

Trong mat phang cho Parabol (P):y=x* va duong tron (C):x* +y? =2 . Tinh dién tich phan
to dam (gan dang dén hang phan tram).



A.1,19. B. 1,90. C.1,81. D. 1,80.

Loi giai:

Tacd X' +y’ =2 y= i\/ﬁ . Vi duong cong nura trén ctia (C) twong ting phan duong cua
truc hoanh nén c6 phuong trinh y = \/ﬁ , (y > 0)

Phuong trinh hoanh d¢ giao di€ém cua duwong cong nira trén cta (C) va Parabol (P)la:

xt=1

X% = 2—x2<r>x4+x2—2:0<:{ oS x=+1
Xt =-2

Suy ra dién tich hinh phé’mg (H) cantinhla:
1 1 3f 1
S =j(\/2—x2 —xz)dx:I\/Z—xzdx—X? =I\/2—x2dx—§
-1 -1 a4
1
Xét | :'[\/Z—xzdx, dat x:ﬁsint:dx:ﬁcostdt
|

— [y

2cos’ tdt =

— [y

(1+cos2t)dt = (t + SinZth

h
ta duwoc | = J'\/Z—Zsinzt\/icostdt =
4

PN
FNE
SN

Dodé S=Z+1-2-% 1 190
2 3 2 3
= Chon dadp dn B.
Cau 13: Dién tich hinh phing giéi han boi hai d thi ham s8 y=x°, y=x"-4x+4 va truc Ox dugc
tinh theo cong thitc nao dwdi day?

y=a"~4x=4

A. JZ“XS—(XZ—4X+4)‘dx. B. —j'x3dx+_2[(x2—4x+4)dx.
0 0 1

C. _l[x3dx—J2‘(x2—4x+4)dx. D. '1[x3dx+j(x2—4x+4)dx.

Lb’iogidi: 1 0 1



Dua vao hinh vé ta thdy hinh phfmg can tinh dién tich gom 2 phan:

Phan 1: Hinh phang giéi han boi d6 thi ham s8 y = x*, truc Ox, x=0, x=1.

Phan 2: Hinh phang gidi han béi d6 thi ham s6 y = x* —4x+4, truc Ox, x=1, x=2.
1 2 1 2

Do d6 dién tich can tinh 1a S = 'ﬂx3‘dx+ﬂx2 —4x+4‘dx = jx3dx+'f(x2 —4x+4)dx )
0 1 0 1

= Chon dap an D.

Cau 14: Tinh dién tich hinh phéng gii han boi cac duwong y =x*, y = —% X +% va truc hoanh.

Al B. 2. c 3 D. 2.
6 3 162 2
Loi giai: .
. . A e 2 1. 4.,
Phuong trinh hoanh do giao diém cta cac duong y = X°, y:—gx+§ la
x=1
x2:—1x+ﬂ S +x-4=0 4.
3 3 X:—E

Hoanh d6 giao diém ctia duong thang y = —% X +§ vGi truchoanh 1a X=4.

Hoanh d6 giao diém ctia parabol y = X* véi truc hoanh 1a x=0.
Dién tich hinh phang can tim la
5]
+| —=x*+=x
. 6 3
= Chon dap an A.

1 4 3
X
S :Ixzdx+j —1x+E dx =—
5 L3 3 3
Cau 15: Poan duong thing AB cé chiéu dai 200 km. Hai xe 6t6 khoi hanh cting mét lic, xe 6t6 thi
nhat di tt A dén B véi van toc v, =8t +40 km/h, xe 6t6 th hai di tir B dén A vdi van toc

4

1

1

v, = 2t +50km/h . Hoi sau bao lau thi hai xe gdp nhau?

A. 3 gio. B. 5 gio. C. 4 gio. D. 2 gio.
Loi giai:

Goi thoi gian ké tir ltc hai xe di dén lac hai xe gap nhau la a (gio, a>0)

Vi hai xe di nguoc chiéu nén ta c6 phuong trinh:
[ (8t-+40)dt + [ (2t +50)dt =200 < (4t” + 40t +(t* +50t)[ =200

0 0

a=2(TM)

< 4a? +40a+a’ +50a =200« 5a% +90a—200=0 <
a=-20 (KTM)

Vay sau 2 gio thi hai xe gdp nhau.



Cau 16:

Cau 17:

Cau 18:

= Chon ddp dn D.
Tinh dién tich hinh phfmg duoc danh dau trén hinh duwdi:

. |

A s=28 B.szsf—l. c.s=18 D.S:Z\/_—E.
3 3 3
Loi giai:
Tacd y=x* < x=1y, tir hinh vé ta thdy X<0= x=—/y .
2 2 2 = 2 2
S:!‘—ﬁ‘dyziﬁdx:gx/x—sl:5(3\/5—1):2\/_—5.

= Chon dap an D.

Thé tich vat thé tron xoay khi quay hinh phang giéi han béi cdc duong y =1-x°, y =0 quanh

. ar . < P - SV . as N
truc Ox laV = F vdi a, b laso nguyén va B la phan so6 toi gian. Khi do a+b bang

A.11. B. 17. C. 25. D. 31.
Loi giai:
Phuong trinh hoanh d6 giao diém gitta (P):y =1-x* va truc OX:
) x=1
1-x"=0< .
x=-1

Thé tich ctia khéi tron xoay thu dugc khi quay hinh phang quanh truc Ox 1a:

1
Vv =7rj(1—x2)2dx=16—”. Suy ra: a=16,b=15. Vay a+b=31.
J 15

= Chon dap an D.
Tinh dién tich S cta hinh phang (phan gach soc) trong hinh sau:
yA a(x) =x~2
0=
s |
,’/ ////:'(//, :
0004 1 -
0 2 4 X
A.S:g B,S:Q_ C.S:E'. D.S:Z.
3 3 3 3

Loi giai:



Cau 19:

Dua va hinh v&, ta c6 hinh phang dugc giéi han béi cac duong:

<<
TR
O X
[ §|

Suy ra S :j.\/;dx+jt(\/§—x+2)dx ma’y2 .
0 2

= Chon dadp dn B.

Cho chiéc trong nhu hinh vé, c6 duong sinh la ntra elip duoc cit boi truc 16n véi do dai truc
16n béng 80cm, do dai truc bé b?mg 60cm va ddy trong la hinh tron c6 ban kinh béng 60cm .
Tinh thé tich V cta chiéc trong (két qua lam tron dén hang don vi).

— dudng sinh

A.V =344963cm?. B. V =344964cm?®. C. V =208347cm®. D. V =208346cm?®.

Loi gidi:

Chon hé truc toa d6 nhw hinh vé ta thay elip ¢6 tam 1(0;6), d6 dai truc I6n 8dm va d6 dai truc
nho 6dm .

y 8




Cau 20:

X2
=-3, /1—— +6
¢ 16

Khoi tron xoay gidi han boi 1y =0
Xx=4
X=—4

2
4 ’ 2

Ta c6 thé tich chiéc trong: V = 72'.[ (—3 1- ;.(_6 + GJ dx ~ 344,9636dm* ~ 344964cm®.
-4

= Chon dap an B.
Thé tich khdi tron xoay do hinh phang gi6i han boi cac duong x+y-2=0;y = Jx;y=0 quay
quanh truc Ox bang

AZ B. 2. c 2z D. 2.
6 3 5 6
Loi giai:

Duong thing y =2-X cat duong thang y =0 tai (2;0) va cdt do thi ham s y = Jx tai (1,1)
D6 thi ham s8 y = v/x cdt dudng thing y =0 tai O(0;0)

ol M1 2 X

ot

ek K e xomy 66 13V o n L (VR cemF2onfcx o | _n 20
Thé tich khoi tron xoay do la: V :ﬂj(\/;) dX+7rJ-(2—X) dx =T AN A
0 1

3

5z

- =—.
6

0
= Chon dap an A. ]
HET
Hué, ngay 10 thdang 02 ndm 2021
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Cau 1: Dién tich phan hinh phang t6 dam trong hinh vé bén duéi duogc tinh theo cong thiic nao dudi

day?
y=[1(x)
—71 1 1\\/\)-'=g(nr)
A J(1(0-9(x)ox B. J(9(x)- 1 (%)

C. T(f(x)—g(x))dx+:|:(g(x)—f(x))dx. D.

-2

(g(x)-f (x))dx+J:'( f(x)—g(x))dx.

Cau 2: Cho hinh phang (H) gi6i han béi d6 thi ham s3 y=:—_; va hai duong thang y=2,
+

y=-x+1.Tinh dién tich S ctia hinh phang (H).

H H
H H
H :
.
H H
i i
= =% = ()/1\!

A. S=8+3In3. B. S=8-3In3. C. S=3In3. D. S=-4+3In3.
Cau 3: Puongthing y=m (0<m<1) cat duong cong y = x* —2x* +1 tai hai diém thudc goc phan tw
thit nhat ctia hé toa dd Oxy va chia thanh hai hinh phéng co dién tich S;, S, nhw hinh vé.



Cau 4:

Cau 5:

Cau 6:

Cau 7:

V 27
S N
w\\ -~ ';f
.»»*:"\ 7/
Biét S, =S,. Ménh dé nao dudi day dung?
A.me(O;gj. B.me(g;l). C. me(l;gj. D. me(§;l)
5 52 25 5
Dién tich hinh phang gidi han boi cac duwong y =x" -3 va y =1 bang
N B. 2. cZ D. 32.

3 3 3
Mot vién gach hoa hinh vudng canh 40cm duwgc thiét ké nhu hinh bén dwdi. Dién tich mdi

canh hoa bang

1
y =2
Y= %%

y =,/20x

400 2 800 2

A. Tcm B. ?cm C. 250cm?. D. 800cm?.

Chohamsd y=f (X) . Ham s6 ¢6 d6 thi ham sd y = f (X) nhu hinh vé dwdi day.

Biét dién tich hinh phéng gioi han boi truc OX va d6 thi ham s6 y = f (X) trén doan [—2;1] va
[1;4] Tan Iwot bang 9 va 12. Cho biét f (1)=3. Tinh gi4 tri biu thite P = f (-2)+ f (4).
A.21. B. 3. C.9. D.2.
Tinh dién tich hinh phing gi¢i han béi cac duong y=X*, y= —% X +g va truc hoanh.
11 61 C 343 39

A —. B. —. —. D. —.
6 3 162 2



Cau 8: Goi (H) la hinh phang giéi han boi d6 thi ham s8 y = x> —4x+4, truc tung va truc hoanh. Xac
dinh k d¢& duong thang (d) di qua diém A(0;4) c6 hé s6 géc k chia (H) thanh hai phan c6

)/

dién tich bang nhau.

O|B\1 I x
2,
A . k=-4. B. k =-8. C.k=-6. D. k=-2.
Cho ham s8 da thticc bac ba y = f (x) =ax® +bx* +cx+d (a # 0) c6 d6 thi nhw hinh vé bén dudi:

Cau 9:

Tinh dién tich hinh phéang giéi han béi d6 thi ham sd y = f (X) va truc hoanh.
A. 6. B c 2. D.8.
4 4

Cau 10: Cho hinh phing (H) gi¢i han boi cic duong y =[x’ ~1| va y=k,0 <k <1. Tim k d& dién tich ctia
hinh phéng (H ) gap hai lan dién tich hinh phang duroc ké soc trong hinh vé bén dudi.

/
J

() 1 -
A. k =3/4. B. k=3%2-1. C.k=%. D. k=34-1

Cau 11: Goi (H)la hinh phéng gidi han boi d6 thi ctia ham s§ Y =6X—x va truc hoanh. Hai duong
thing y=m, y=n(m<n<9) chia hinh (H) thanh ba phan cé dién tich bing nhau. Tinh

P=(9-m)’+(9-n)’.



Cau 12:

Cau 13:

Cau 14:

Cau 15:

A. P=405. B. P =409. C. P=407. D. P =403.
Cho ham s8 y = f(x) la ham da thitc bac b6n c6 d6 thila (C) va d la tiép tuyén ctia d0 thi (C)

tai hai diém nhuw hinh vé. Biét dién tich hinh phang gii han béi d6 thi (C ) vad la % . Khi dé

1
tich phan I = J.f(x)dx béng
-1

N B. 2. D. 13

6 6 3
Mot chat diém chuyén dong trong 3 gidy véi van téc v =acos(zt)+b (mét/gidy) (trong do6 t la

13

bién thoi gian; a,b 1a cac hang s6) c6 d6 thi 1a mot dwong hinh sin nhu hinh vé bén. Tinh tong
quang duong ma vat di dwoc sau 3 gidy (két qua lam tron dén hang phan tram).

v(m/s)
10

t(s)

A. 29,93m. B. 15m. C. 27,93m. D.17m.
Cho ham s6 y = f (x) lién tuc trén doan [0;8] va c6 d6 thi nhw hinh vé dudi day:

Yy

CHIN il \\\
<

Trong cac gia tri sau, gia tri nao 16n nhat?
3 1 8 5
A._[f(x)dx. B.J'f(x)dx. C._[f(x)dx. D.jf(x)dx.
0 0 0 0

Cho ham s0 y= f(x) lién tuc trén R ¢6 d6 thi tao vdi truc hoanh cac mién co dién tich
S,,S,,5;,S, nhu hinh vé bén dudi:



Cau 16:

Cau 17:

Cau 18:

Cau 19:

y=f(z)

..

S

NI
—
©)
Y

S

In3

Biét S, =S, =10, S, =S, =8. Tich phan | = [ e"f (¢ ~1)dx bing
0

A. -8. B. -10. C.8. D. 10.
Cho parabol (P):y=x* va mdt duong thang d thay d6i cit (P) tai hai diém A, B sao cho
AB =2020. Goi S la dién tich hinh phéng giéi han boi (P) va duong thang d . Tim gid tri 16n
nhdt S, cua S.

_2020° +1

2020

3_
55, - 220 R

3
s 2020

D.S,, = .
3

A. S,

Cho Parabol (P)Z y = x*. Hai diém A, B di dong trén (P) sao cho AB =2. Goi S la dién tich
hinh phéng gidi han béi Parabol (P) va doan théng AB . Tim gia tri 16n nhat cta S.

A. maxS=ﬂ. B. maxS=Z. C. maxS=§. D. maxS=§.
3 6 3 6

Hinh gach chéo dwoc gidi han boi duong tron X +(y - Z:‘l)2 =b*; a>b>0 va cac duong thing

X= —% va x =g . Thé tich vat tron xoay tao boi hinh gach chéo quay xung quanh truc Ox 1a

by

b .() b J

9 9

C. rab’ (27[+\/§j D. rab’ (£+§J.

3 24
Cho ham s6 da thirc bac bon y = f(x) c6 do thi (C), biét rang (C) di qua diém A(-1,0). Tiép
tuyén A tai A cua do6 thi (C ) cit (C ) tai hai diém c6 hoanh d0 Ian lwot 1a 0 va 2. Biét dién

A. 7%ab?. B. %ﬂzabZ.

tich hinh phang giéi han béi A, d6 thi (C) va hai duong thang x=0; x=2 c6 dién tich
s 56

bang —.
ang =



Cau 20:

Y/

B

/

J-1

Dién tich hinh phang gi¢i han boi A, d6 thi € va hai duong thang © = —1; 2 = 0 bang

A2, B. —. c X D. 1.

5 20 10 5
C)ng A di lam luc 7 gio va dén co quan luc 7 gio 12 phat béng xe gén may, trén duong dén co
quan 6ng A gap mot nguoi bang qua duong nén 6ng phai giam toc dd dé dam bao an toan roi
sau d6 lai tr tir tdng t6c do d€ dén co quan lam viéc. Hoi quang duong ké tir 1ac 6ng A giam
toc d6 d€ tranh tai nan cho dén khi téi co quan dai bao nhiéu mét? (D6 thi duwdi dau mo ta van
toc chuyén dong ctia dng A theo thoi gian khi dén co quan)

vikmyh) |

A. 3600. B. 3200. C. 3500. D. 3900.
HET
Hué, ngay 10 thdng 02 nim 2021




Page: CLB GIAO VIEN TRE TP HUE

Cau 1:

Cau 2:

CHUYEN DE
TICH PHAN - UNG DUNG
UNG DUNG TIiCH PHAN

PHIEU ON TAP SO 05

Dién tich phan hinh phéang t6 dam trong hinh vé bén dwdi duwoc tinh theo cong thirc nao dudi
day?

y=f(x)

C. j dx+j -f(x))dx. D.

(g(x)-f (x))dx+i(f (x)-g(x))dx.

.....

Tir d6 thi hai ham s6 y = f (X) va y=g(X) ta cé dién tich phan hinh phing t6 den trong hinh
vé ben dudi dwoc tinh la

S= ”f x)|dx=i|f(x)—g(x)|dx+j|f(x)—g(x)|dx

_I dx+_[ )— f(x))dx.
:>Chon dap an C.
Cho hinh phang (H) giéi han béi do thi ham s y—X—l va hai duong thing y=2,

X+2
y=-x+1.Tinh dién tich S cta hinh phang (H)

A. S=8+3In3. B. S=8-3In3. C. S=3In3. D. S=-4+3In3.

.....



Duwa vao do thi ta cé

S= j(——Zjdx+£(—x+l—2)dx:£( 1—mjdx+'[ —x—1)dx
=(-x- 3In|x+2|)‘ +(—X?2—xj

= Chon dap an C.
Cau 3:Duong thang y=m (0<m<1) cat duong cong y=x"-2x*+1 tai hai diém thudc géc phan tu
thit nhat ctia hé toa dd Oxy va chia thanh hai hinh phéng cé dién tich S;, S, nhu hinh vé.

-1
=3In3.

-3

Biét S, =S,. Ménh dé nao dudi day dung?

A. me(O;gj. B. me(2 1}. C. me(l;g). D. me(§;lj.
5 52 25 5

Loi giai:
Phurong trinh hoanh d¢ giao diém x‘ —2x* +1=m < (X’ —1)2 =me x=+1+/m .
Vay cac giao diém thudc thudc géc phan tw nhat caa hé toa dd Oxy co hoanh do bfing
X =y1-vm va x=+1+/m.
-y JH_JE
Diéntich S, = [ (x'-2x’+1-m)dx va s, =
Jl—JH

5
1+Jm 3
S, =S, & ( c ) — (1+\/ﬁ) +(1-m) 1+\/H=0©m=g
= Chon ddp dn B.
Cau 4: Dién tich hinh phang gi6i han boi cdc duong y=x* -3 va y =1 bang

AL B. 2. cZ D. 32.

3 3 3
Loi giai:

. s 2 2 X=2
Xét phrong trinh X" -3=1<Xx"-4=0< Y

) 2 2 3 2 32
Do d6 S =£‘x2—4‘dx=£(4—x2)dx=(4x—%j‘_2=€.

= Chon ddp dn C.
Cau 5: Mot vién gach hoa hinh vuoéng canh 40cm duoc thiét k&€ nhu hinh bén dwdi. Dién tich mdi

canh hoa bang



A. %cmz. B @cmz C. 250cm?. D. 800cm?.
Loi giai
20 3 20
i 1 2.2 1 4
Dién tich mdi c4nh hoa la [ (\/ZOX——xzjdx: OX&——.X— _400 e
) 20 3 2073) 3

= Chon dap an A.
Cau 6: Chohamso y=f (X) . Ham s6 c6 d6 thi ham s6 y = f (X) nhu hinh vé dwdi day.
LN

y= f'(z)
\ 0 1 1
_2\// .r

Biét dién tich hinh phzfmg gioi han boi truc OX va d6 thi ham s6 y = f (X) trén doan [—2;1] va
[1;4] Tan luot bang 9 va 12. Cho biét f (1) =3. Tinh gia tri biéu thirc P = f (-2)+ f (4).
A. 21. B. 3. C.o9. D. 2.

.....

Ta cé: j| f (x)dx :9<:>j f'(x)dx=-9= f (1)- f(-2)=-9.

Ma f(1)=3= f(-2)=12.
4 4
Tacé: [| f(x)|dx=12< [ f(x)dx=-12= f (4)-f (1)=—12.
1 1
Ma f(1)=3 = f(4)=-9.Vay P=f(-2)+ f(4)=3.
= Chon ddp dn B.
Cau 7: Tinh dién tich hinh phéng gidi han boi cac duong y = x°, y:—%x+% va truc hoanh.

Al B2 c. 3 D. 2.
6 3 162 2



Cau 8:

Loi gidi:

N

o

Phuong trinh hoanh d6 giao diém ctia cac duong y=X°, y = —% X +§ la

x=1
) 1

X =——x+£c>3x2+x—4:0<:> 4.

Hoanh d9 giao diém cua duong thang y = —% X +g véi truchoanh 1a x=4.

Dién tich hinh phéng can tim la
3

Hoanh d6 giao diém ctia parabol y = X* véi truc hoanh 1a x=0.
1 4

S :J.xzdx+j[—1x+fjdx X
0 L3 3 3

5]
+] —=X"+=X
. 6 3
= Chon dap an A.

Goi (H ) 1a hinh phéng gioi han boi d6 thi ham s6 y = x> —4x+4, truc tung va truc hoanh. Xac
dinh k d& duong thang (d) di qua diém A(0;4) c6 hé s6 goc k chia (H) thanh hai phan c6
dién tich bang nhau.

1

A k=-4. B. k=-8. C.k=-6. D. k=-2.

Loi giai:

Phuong trinh hoanh d9 giao diém cta d6 thi ham s§ y=x*-4x+4 va truc hoanh la:
X —4x+4=0x=2.

Dién tich hinh phang (H) gi6i han béi d6 thi ham s8: y = x* —4x+4, truc tung va truc hoanh
2

8

la: S :J%‘xz—4x+4‘dx:j(x2—4x+4)dx:(§—2x2+4xj
0 0

0

Phuong trinh duong thang (d) di qua diém A(0;4) c6 hé s6 géc k 6 dang: y =kx+4.

4
Goi B 1a giao diém cua (d) va truc hoanh. Khi d6 B(—E;Oj.



Cau 9:

Cau 10:

Duong thang (d) chia (H) thanh hai phan c6 dién tich bang nhau khi BeOIl va
1. 4
Siopg ==S=—
AOAB 2 3 -
4
0< —E <2 K<_2
1 1. 4 4"
SAOAB = EOA.OB = 54—E :g
= Chon dadp dn C.
Cho ham s8 da thitcc bac ba y = f (x) =ax® +bx* +cx+d (a # 0) c6 d6 thi nhw hinh vé bén dudi:

Ya

N

Tinh dién tich hinh ph:fmg gioi han boi d6 thi ham sd y = f (X) va truc hoanh.

A. 6. B.Q. C.z. D. 8.

4 4

Loi giai:
Do thi hams6 y=f (X) cat va tiép xtc truc hoanh Ian luot tai tai diém (—2; 0) va (1; 0) nén ham
s§ codang y=f(x)=a(x+2)(x-1) = a(x3 —3x+ 2) :
Mit khéc d6 thi ham sd lai di qua diém (-1;4) néntacé a=1.Vay y=f (x)=x"-3x+2.
Dién tich hinh phéng gioi han boi d6 thi hamsd y = f (X) va truc hoanh la:
1
S = Hx3 —3x+2‘dx _2r
% 4
= Chon dap an C.
Cho hinh phing (H) gi¢i han boi cic duong y =|x* -1 va y=k,0<k <1. Tim k d€ dién tich ctia

hinh phéng (H ) gap hai lan dién tich hinh phang duroc ké soc trong hinh vé bén dudi.
by /

S, W "4 £ £ 7 £ £ — T ———
/ \ /
\ / \ /

\ / N/ £

0 1

A k=¥, B.k=32-1. C.k:%. D. k=341,

Loi giai:



Do d6 thi nhan truc Oy lam truc doi xiing nén yéu cau bai toan trd thanh:

Dién tich hinh phéng gidi han boi y=1-x2,y =k,x=0 bing dién tich hinh phing gi6i han
boi :

y=1-x%y=x*-1y=k,x>0.

Vik 1 3
Nghia la I (1—x2—k)dx= I (k—1+x2)dx+ I (k—x2+1)dx
0 N 1

ag(ﬂ)?’ =%—(1—k)—%(¢1—k)3+(J1—k)3+(J1+ k)3—%(M)3—(1+ k)+%
@%(M)s =% <:>(\/1+k)3=2 o k=34-1.

= Chon dap an D.
Cau 11: Goi (H ) 1a hinh phéng gioi han boi d6 thi cia ham sd y = 6X—X? va truc hoanh. Hai duong

thang y=m, y=n(m<n<9) chia hinh (H) thanh ba phan cé dién tich bing nhau. Tinh
P=(9-m)’+(9-n)’.

¥=n
y=m
A. P =405 B. P=409. C. P=407. D. P = 403.

Loi gidi:



| | '.
" .,'u_lf. 349~y
(P):y=6x—x’
Goi (H):{Ox:y=0

.Suyra: $ =S, = [(6x—x")dx =36
Xx=0,x=6

0
X=3+,/9- P
Ta co: y=6X—X2<::>(x_3)2:9_y<:> y ( 1)

x=3-9-y (R)
(H):X:B+J§:§
Goi (H,):4(R,):x=3-49-y.

y=ny=9(n<9)

9

n

Suy ra: S, =S, = [(3+ 9—y—3+4/9—y)dy=2?1/9—ydy:%(\/9—n)3
Ma S, == =12 nén g(\/g—n)s =12 & (9-n) =81
(R):x=3+{9-y

9
Goi (H,):4(P,):x=3-+{9-y.Suyra: S, =S, =2I«/9—ydy=%(\/9—m)3
y=m,y=9(m<9) "
Ma S, =%=24 nén 2

3
3(\/9—n) =24 < (9-n)’ =324, Vay P =81+324=405.
= Chon dap dan A.
Cau 12: Chohamsd y= f(x) 1a ham da thitc bac bén cd d06 thi la (C) va d la tiép tuyén cua do thi (C)

tai hai diém nhuw hinh vé. Biét dién tich hinh phang giéi han béi d6 thi (C ) vad la 1 . Khi dé
1
tich phan I = J.f(x)dx bang
-1



Cau 13:

Cau 14:

besnssnns

Y

-1 0
=) ).
A 2. B. 2. c. . D. 13
6 6 6 3
Loi giai:

N | W

Phuong trinh dwong thang di qua hai diém (—1; ];(1; —1) la g(x) = —Zx +i

1

= [/ ()=l = = [ (oo sl =

-1

1
@I—j(—5x+ljdx:2c>l—1:2<31:§
L4 4 3 2 3 6

w|z

= Chon dap an B.
Mot chét diém chuyén dong trong 3 gidy véi van téc v =acos(zt)+b (mét/gidy) (trong do6 t la

bién thoi gian; a,b la cac héng s0) ¢ do thi la mot dwong hinh sin nhu hinh vé bén. Tinh tong

quang duong ma vat di duoc sau 3 giay (két qua lam tron dén hang phan tram).
v(m/s)

10

t(s)

A. 29,93m. B. 15m. C. 27,93m. D. 17m.
Loi gidi:
Quan sat do thi ta co:
v(0)=10 (a+b=10 a=5
& =S .Suy ra v=>5cos(7t)+5.
v(3)=0 -a+b=0 |b=5
3
Vay quang duong ma vat di dugc sau 3 gidy la: S = I (5 cos(7t)+ 5) dt =15 (m).
0

= Chon ddp an B.
Cho ham s6 y = f (x) lién tuc trén doan [0;8] va c6 d6 thi nhw hinh vé dudi day:



y

Lo

(¥i)
\'93)

Trong cac gia tri sau, gia tri nao 16n nhat?
3

A._[f(x)dx. B.j'f(x)dx. C.Tf(x)dx. D.Tf(x)dx.

.....

+S

f( dx+j dx+j X)dx =S5, —Ss,, +Ss,) -

=S

O e U1 O ey 0 O oy
—h
—_~
>
~—
o
><

3
f(x)dx = f(x dx+j X)dx =S, =S,
0
Tt hinh v§, ta thdy S(Ss) > S(Sz) nén S(Sl) - S(Sz) < S(s1) <S
8
Suy ra [ f(x)dx 1a 16n nhat.
0

= Chon dap dn C.

(59~ S(s) T S(sy)

Cau 15: Cho ham s6 y= f(X) lién tuc trén R cd d6 thi tao vdi truc hoanh cdc mién cd dién tich
S,,S,,5,,S, nhw hinh vé bén dudi:

Y
y=f(x)
S,
S /% z
1 0 o 2
2 S
In3

Bi¢t S,=S, =10, S,=S,=8. Tich phan | = | &*f (¢ ~1)dx bing
0

A. 8. B. -10. C. 8. D. 10.

.....

Patt=e'-1 = dt=€"dx; x=0=t=0va x=In3=>t=2.



Cau 16:

Cau 17:

Cau 18:

In3

| = Iexf(ex—l)dx=J%f(t)dt =

=-S5,+S5,+S5, =-8+8-10=-10.

= Chon dap dn B.

Cho parabol (P):y=x* va mdt duong thang d thay d6i cit (P) tai hai diém A, B sao cho
AB =2020. Goi S la dién tich hinh phéng giéi han boi (P) va duong thang d . Tim gid tri 16n

f(t)dt +j f (t)dt+j' f(t)dt

2

O t— o |

nhat S, cua S.

2020°+41 o o _ 2020° g _2020°-1 o 2020°
= Su = Su=Te— DS, =T

A S =

Loi giai:

Gia st A(a;a®); B(b;b®) (b >a) sao cho AB=2020.

Phuong trinh duong thang d 1a: y =(a+b)x—ab. Khi d6
1

S :i"(a+b)x—ab—x2‘dx=]:((a+b)x—ab—x2)dx=g(b—a)3.

Vi AB =2020 < (b-a)’+(b? ~a’) = 20207 & (b-a)’ (1+(b+a)’ ) = 2020

3
= (b-a)’ <2020 =|b-a|=b-a<2020= S < 2050 ,

3
_ 2020 i a= 1010 va b=1010.

Vay S

max

= Chon dap an B.
Cho Parabol (P):y=x’. Hai diém A, B di dong trén (P) sao cho AB=2. Goi S la dién tich

hinh phang gi6i han béi Parabol (P) va doan thdng AB . Tim gia tri 16n nhat cua S.

A. maxS=g. B. maxS=—. C. maxS:g. D. maxS:g.

o~

Loi giai:
Goi A(a;az), B(b;bz) e (P) sao cho b > a 1a hai diém trén Parabol va AB =2.
b? —a?

b—a

Khi &6 phuwong trinh duwong thang AB 1a y—a® = (x—a)=y=(a+b)x—ab.

b
Goi S 1a dién tich hinh phang can tim, ta cé: S = J.[(a +b)x—ab— X2].dx = %(b - a)s.

3
Ta co: AB:2:|b—a|=b—a32:>S=1(b—a)332—:£:SmaX=ﬂ.
6 6 3 3

Démg thirc xay ra khi va chikhi a=-Lb=1= A(—l; 1), B (1; 1).
= Chon dap dn A.
Hinh gach chéo duoc giéi han boi duong tron X* +(y—a)’ =b%; a>b>0 va cic duong thing

X = —g va x :g . Thé tich vat tron xoay tao béi hinh gach chéo quay xung quanh truc Ox la



by
/ 7 ‘ N
N\
/ | \".y
Ttl |
\'\ y P é
b . O b .r-
3 2
A. rab®. B. %ﬂzabz. C. rab? (§ﬁ+\/§) D. zab?® (%+%j

Loi giai:
y=a++b’ —x?
y=a-+b’* -x°

Thé tich vat tron xoay tao boi hinh gach chéo quay xung quanh truc Ox la:
b

Y, =7zj;[(a+\/b2 - X )2 —(a—\/bz ) }dx —ﬁj4a\/b2 x2dx = 4aﬁI\/b2 — x%dx

2

Ta cé: X +(y—a) =b @[

bat x=Dbsint, te[—z Z} = dx =bcostdt. Doi can: x_—9:>t_—£; x=9:>t=£.
2 2 2 6 2 6

T T

b 6 6 in2tye
V= 4aﬂj b* —b?sin® tbcostdt = 4ab27zj cos’ tdt = 4ab27zj 1+ CZOS 2t it 2ab27r[t + stZt)

e e e 6

S G n s e )

= Chon ddp dn C.
Cau 19: Cho ham s6 da thitc bac bdn y = f(x) c6 do thi (C), biét rang (C) di qua diém A(-1;0). Tiép
tuyén A tai A cua do6 thi (C ) cat (C ) tai hai diém c6 hoanh d0 Ian luot 1a 0 va 2. Biét dién

tich hinh phang gi6i han béi A, d6 thi (C) va hai duong thang x=0; x=2 c6 dién tich

3 56
bang —.
& 5




Cau 20:

Dién tich hinh phang gi¢i han boi A, d6 thi € va hai duong thang © = —1; 2 = 0 bang

A2 B. = c L. D. I,
5 20 10 5
Loi giai:

Ham s8 y=ax’ +bx*+c.TXD: D=R.

Ta cé: y'=4ax® + 2bx.

Phuong trinh tiép tuyén A ctia d6 thi (C) tai A(-10) c6 dang y=(—4a—2b)(x+1).

Do ti€p tuyén A tai A ctia d6 thi (C) cat (C) tai hai di€ém cé hoanh d¢ Ian luot la 0 va 2 nén
phuong trinh ax* +bx? + ¢ =(-4a—2b)(x+1) nhan banghiém lax=-1; x=0; x=2.

c=-a-b c=2a
Suy ra: = .
b=-3a b=-3a
Vay (C):y=ax’—3ax’ +2a=a(x' -3x"+2) va A:y=2a(x+1).
Dién tich hinh ph:fmg gi6i han boi A, d6 thi (C) va hai duong thang x=0; x=2 bang 5—56
‘ 56 56
nén: HZa(x+1)— (x —3x? +2‘ == <:>_[(2a (x+1)- x —3x2+2))dx:—.
0 5 0 5
2 5
<:>aj(—x4+3x2+2x)dx:5—6c>a. X X :5—6<:>a.§:@<:>a=2.
) 5 5 5 5 5

Dién tich hinh phang giéi han boi A, d6 thi (C) va hai duong thdng x=-1; x=0 la
0 5 0
S = [la(x*-3x*+2)-2a(x+1)[dx = [(2x* - 6x* - 4x) dx =2. X 3oy

Tfp( -0+ 2)2a o - ax -5 x5

-1

-1
GOop i cach khac.

Phuong trinh duong thang A:y=x+1.

Do A va (C) cat nhau tai cac diém c6 hoanh d6 ~1;0;2 nén ta c6 phuong

trinha(x + 1)2 .x.(x - 2) =0
2

Theo bai ta cé phuong trinh uI

0

(x+1)2x.(x—2)‘dx:%:>a 2.

0
Tt d6 ta duoc S= J.[Z(x+ 1)2 x.(x—Z)}dx _2
]
= Chon dap an A.
Ong A di 1am ltc 7 gid va dén co quan ltc 7 gio 12 phtt bang xe gin may, trén duong dén co
quan 6ng A gap mot nguoi bang qua duong nén Ong phai giam toc dd dé dam bao an toan roi
sau d¢ lai tir tie tdng toc do d€ dén co quan lam viéc. Hoi quang duong ké tir lae ong A giam

toc dd dé tranh tai nan cho dén khi t6i co quan dai bao nhiéu mét? (D6 thi dudi dau mo ta van

toc chuyén dong ctia dng A theo thoi gian khi dén co quan)



vlkmyh) §

-

702 7:06] 7:07 | 7210 | 7412
A. 3600. B. 3200. C. 3500. D. 3900.
Loi giai:

Thoi gian di d&én co quan ctia 6ng A la 12 phtt bang 0,2 gio.

Chon goc thoi gian tir lic 7 gio sang (t = O) .

4 . 5 1
Lic Ong A gidam tocddla7 gio5phat | r=—=—
g8l ’ §io-P [ 60 12}

0,2
Taco: s= _[ v(t)dt 1a dién tich hinh phe&mg gidi han bdi truc hoanh, duong cong v(t) va hai
1
12
. . 1
duong thang ¢ = o t=0,2

Dién tich hinh phéng trén duoc tinh bang cach chia nho cac hinh da biét nén

6 3
! 1,60 60
§==x36x—+>—2-x48=3,9km.
2 60 2
= Chon dap dan D.

HET

Hué, ngay 10 thdng 02 nim 2021



