Gidi han ciia d3y so
MO DAU

Trong mdn Toan & truong THPT, c4c bai toan vé day sb va gidi han day sb la
mot phan quan trong cua giai tich todn hoc. D&y sé ngay cang dugc quan tdm dung
murc Va to ra c6 stic hdp dan manh mé nho vé dep va tinh doc déo ciia phuong phap
va k¥ thuat giai ching ciing nhu yéu cau cao vé tu duy cho ngudi giai.

Céc bai toan ddy sé khdng nhirng rén luyén tu duy sang tao, tri thdng minh ma
con dem lai say mé va yéu thich mon Toan cua nguoi hoc.

Trong cac Ki th| hoc sinh gioi cdp Tinh, cap QUOC gia, QUOC té céc bai toan
lién quan dén ddy sb dic biét 1 gigi han ddy sé dugc dé cap rat nhiéu va cé gia tri
phan hoa chat lugng bai thi cao.

Trong bai viét nay tac gia trinh bay mot sd phuong phap tim gisi han ddy sé:
phuong phap sir dung dinh nghia, tinh chat cua cac day sé dic biét, dinh Ii kep,
phuong phap sir dung tinh don diéu va bi chan, phuong phap dung sai phan, phuong
phap sur dung tinh chat caa ham sd, phuong trinh, phuong phap lugng giac hda...Mot
diéu quan trong 1a sir dung céac ky thuat blen d6i linh hoat, phu hop, hiéu duoc cac y
tuong trong tung phuong phap dé giai quyét bai toan véi hiéu qua t6t nhat

Cac vi du va bai tap duoc chon loc 1a cac dé thi HSG cap tinh, cip qudc gia,
qudc té, cac bai trén cac tap chi ndi tiéng. Bai viét duoc trinh bay theo hé thng:

- Kién thirc st dung.

- Y tudng chinh cua phuong phap.
- C4c vi du va huéng dan giai.

- Bai tap tu giai.

Téc gia hy vong bai viét ndy s& gilp cac em hoc sinh bd sung kién thirc vé
phan day sé trong céc Ki thi hoc sinh gioi va tai liéu tham khao bd ich cho ban doc.
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Gidi han ciia d3y so

NOI DUNG

1) Phwong phap sir dung dinh nghia giéi han d3y sb
1. Kién thirc sir dung:

Dinh nghia: limu, =L< Ve >0,3NeN":vn>N=|u, -L|<¢
Str dung:

- Tiéu chuan Co6-si: DAy {X,} ¢6 giéi han hitu han khi va chi khi v&i moi & > 0,
ton tai s6 tu nhién N sao cho v&i moi m, n > N ta ¢ [Xm — Xo| < €.

- Nguyén ly 4nh xa co: Néu v6i moi x, y ta co |f(x) — f(y)| < qlx-y| véi q 1a
hiang s6 0 < q < 1 va {X,} bi chan thi {X,} hoi tu. Pic biét néu |f'(x)| < q < 1 thi ta
ludn co diéu nay.

Y tuéng chinh: Danh gia |u, —L <afu,, —L|;q<1 va |u,,, —u,|<qlu, —u,|;q<1
Phuong phap nay thuong duoc dung khi ta thdy day sé khong ting, khong giam.
2. Cac vi du:

: s g N ST S N «
Bai 1: (Pé thi HSG Quang Binh) Cho day so q=§ va u_, :%uf —1. Tim gi¢i han day

$6?
HD: Ching minh: -1<u, <0

Giai phuong trinh x=%x2 ~1=>x=1-3=a

2 2
U 12 4
2 2

Suy ra limu, =1-+/3
Bai 2: (Dé du bi VMO 2008) Cho sb thuc a va day sé thuc (U,) xac dinh bai:

7

Xet |u, —a|= =%|un—a||un+a|<73|un—a|

U, =a va Upsy = In(3+cosu, + sinu,) — 2008 véimoin=1,2, 3, ...

Chutng minh rang day s (U, )c6 giéi han hitu han.
COS X —Sin X
3+sin X+ cos X

HD:  Dat f(x) = In(3+sinx+cosx) — 2008 thi f '(X) =

Tur do, sir dung danh gia | COS X —sin X |< J2, | sin X+ cos X |[< J2 ta suy ra
J2
3-42

Ap dung dinh 1y Lagrange v6i m>n > N, ta c6

|Um = Unl = [f(Um-1) = f(Un1)| < GlUma-Unal < ... Q" Umpes — U

Do day (u,) bi chdan va g < 1 nén day (x,) thoa mén diéu kién Cauchy nén c6 gidi han
hiru han.

| £'(X) < =q<1.
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Gidi han ciia d3y so

Bai 3: (P& thi v6 dich Nga 1982) Cho day s6 4=1va u_, = . Tim gioi han déy

1+u,

$6?
HD: Chung minh: 0<u, <1

Giai phuong trinh x = L :>x=‘/§_1=

1+X 2
Xét | 1| 2 u- a|
e |un+1 ‘l+u +a‘ 1+\/_|1+u| 1+\/—|U |
Suy ra limu, =%=

Bai 4: Cho day sé (u,) dinh bdi uy € (1, 2) VA Upsy = 1 + Uy — Uy2/2. Chirng minh
rang (U,) CO gidi han hiru han va tim gi6i han do.
HD: Chung minh: rang 1 <u, < 3/2

Giai phuong trinh x=1+x—%x2 =x=+2=a

Xét |u,,—a|=u,., —V2 [H1+u, ___[| Ju, _\/—”\/_+u z\fﬂ B

Suy ra limu, =+/2
3. Bai tap tw giai:
Bai 1: Cho ddy sé u=2012va u,,, =

. Tim gi6i han dy s6?
4-3u

n

Bai 2: Cho day sé u=ava u,_, :&;Zm(u +2012°)~2012? .Chimg minh da s6 c6 gi6i

han.

II) Phuong phip sir dung cong thire, tinh chat cia cac ddy sé dic biét
1. Kién thirc sir dung:
- Tinh chét cua cac day sé la cip so cong, cip s6 nhan
- Céc cong thie d6i voi cac day sé quen thude:
1 1 1

n(n+l) n n+l

1+2+3+...+n=%n(n+1)

P+2°+3 +..4n° =%n(n+1)(2n +1)

P+2°+3+..+n° :[MT
>

Y tudng chinh: Pua céc day s6 vé cac day sé quen thudc

2. Cac vi du:
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Gidi han ciia d3y so

1 1 ,
- M N 151 P-4 /\7
Bai 1: Cho day so U,= 123" n(n+]) .Tim gi6i han day so°

12 2 3 n nil  n+l
Suyra limu, =1

12 +32 452 +....+(2n—1)2
22 + 4% + 62 +....+(2n)2

Bai 2: Cho day sb u, = .Tim gi6i han day s6?

,  2n(2n+1)(4n+1)
1 +2°+3 +...+(2n) (4n+1)
HD: U, +1= z ™ 2 -
22+42+62+....+(2n) 4.n(n+1)(2n+1) 2(n+1)
6

Suyra limu, =1.

Bai 3: Cho dy s6 4=5va u_, = +24 Tim gi6i han day s6?
u,+
HD: Ching minh: u, =4
Ta co: un+1—4=u"_4:> 1 1,6
u,+2 u,, -4 u,—4

1
+—=u, =4+
u -4 5 6" -1

Suyra limu, =4

Xeét x, =

i . 2 u,
Bai 4: Cho day s6 U =— va u —— _ Tim giéi han da sd X =>yu ?
ysot it 22n+u, +1° g y Z
HD: Dat vn=i:>vn w:un _t 1
u 2 2n-1 2n+1

n

Suyra limx, =1
Bai 5: Cho ddy s6 4=1lva u_, =u?+a" (O<a<1).Tim gié’ihandéysé?
HD: Chung minh: u} =Lu =1+a;ul =1+a+a’...;u’ =1+a+a’+..a"

1-a"
Suyra: u =
y "1 a
Vay limu ——1_
. n 1_a

Bai 6: Cho day s6 4=2011va u, , =n?(u, , -u,). Tim gi6i han day s6?

, (n*-1)u,,
HD: Ta co: O<u, = <l
Mat khac: u, _wunilz(n—l)(szrl)(nz—Z)n U, ,=..= n+1u1=n_+12011
n n“(n-1) 2n 2n

Vay limu, _ 201
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Gidi han ciia d3y so

3. Bai tap tw giai:
Bai 1: Cho ddy s6 u, = —— +—= 4.+

123 234 " n(n+)(n+2)
831 2: Cho d&v <& U 13+33+53+....+(2n—1)3 Tim aisi han div s67
ai 2: Cho day s6 U, = .Tim gi¢i han day sb°

y 23+4""+62+....+(2n)‘13 J an day

" o 1 1 1 1) o oy .
Bai 3: Cho déy so u, =(1 52 j{l_s_zj[l_?xl_?j' Tim gidi han day s0?
Bai 4: Cho ddy s6 4=1va u_, =yu"+a" (0O<a<1). Tim giéi han ddy $6?

. Tim gi6i han dy s6?

111) Phwong phap s dung dinh Ii kep
1. Kién thirc sir dung:
- Pinh li kep
v, <u <w,¥neN":limv, =limw, =a= limu, =a
Y tudng chinh: Panh gia ddy s qua hai day sé tinh dugc gidi han

2. Cac vi du:

Bai 1: Cho day sb %:—f+22+ﬂ323...+n .Tim gi&i han day s6?
T+2+3.+M nnn 1
. 0 =
HD: O<y=""""° 7=

Suyra limu, =0

.. e 1.35.7..2n-1) __. . . Y g

. A u — 4 ’\?

Bai 2: Cho déy so U, 2.4.68..(2n) .Tim giéi han day s6
1.35.7..(2n-1) 1.3.5.7...(2n-1)

HD: O<u,=

1

Suyra limu, =0.
Bai 3: Cho day sé u,=n . Tim gi6i han diy s6?
HD: Ta cé:

1<u, =¥n=511.14nvVn Jtlbetledidn _n-242vn 4 2
n

n Jn

Suyra limu, =1

A ~ A n n n ~ ~ A
Bai 4: Cho day $0 u, =——+———+...+———. Tim gi6i han day s6?
n“+1 n°+2 n°+n

HD: Ta co:
2 2
n n
Nn——<U SN-—1l——<y <5—-1
n°+n n°+1 n“+n n“+1
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Gidi han ciia d3y so

Suyra limx, =1
Bai 5: Cho phuong trinh x** =x* + x+1. Ching minh rang phuong trinh ¢ duy nhat
1 nghi¢m duong x.. Tim gi&i han ddy so x,?
HD: Ta chirg minh phuong trinh c6 duy nhat nghiém thudc (L;2) bang tinh chat ham
s6 lién tuc va chimg minh day sé x, 1a day sé giam.

. 1+1+. 41+ X2 +X 41 2n+1+ X +X
Ta co: 1<xn=”ﬁxf+xn+1g > f n Tt _ 5 1 N
n+ n+

2n+1+6 6
< =1+

-1
2n+1 2n+1

Suyra limx, =1

3. Bai tap tw giai:
Bai 1: Cho ddy s u

n=%. Tim gi6i han day s5?
Bai 2: Cho ddy sb u, = ¥1+a" .Tim gi6i han day s6?
14224 ..40"

Bai 2: Cho day sb u, " .Tim gioi han day s6?

V) Phwong phap sir dung tinh don diéu va bi chin
1. Kién thirc sir dung:
- Pinh Ii: Dy sé tang bi chan trén (giam bi chan du6i) thi ton tai gidi han
Y tudng chinh: Chtng minh day sé don diéu
Chung minh day sb bi chin
Giai phuong trinh tim gidi han

2. Cac vi du: )
Bai 1: (bé thi HSG l6p 11 Quang Binh) Cho day so u, = 2008 va

1 2008

u,, = M(ZOOYU” + uﬁowj (n>1)

Tim gi6i han dy s6?
HD: Chirng minh:

1 2008 1 2008
u. = ——| 2007u. + = U +u +.+u_ + > 2098/2008
i 2008( " u§°°7] 2008[ noon " uﬁwj
1 2008 1 (2008 —u?%®
ju.., = ——| 2007u, + —— |-U_= A <0
Taco U, 2008( n u§007j n 2008( ur?007
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Gidi han ciia d3y so
Suy ra limu, =%2008
X, =3

Bai 2: ( Dé thi HSG Qudc gia nim 2012) Cho ddys6 . n+2

Tim gigi
X X, +2
n 3n ( n-1 )

han day s6?

n+2
HD: Chuang minh: X, > ﬁ(n > 3) . Khi d6

_d(n+2)-(n-1)x,]

- 3n '

Suy ra (xn) la day sé giam ké tir s hang thtr hai. Ngoai ra, theo (1), nd bi chin dudi
boi 1. Theo tinh chit ctia ddy don diéu, ton tai giéi han hitu han lim X, =a. Chuyén

nN—oo

L n+2
Xét hiéu X, —X,_; = B—n(XH +2) = X4

, n+2 . 1
dang thire X, = 3—n(xn_1 +2) sang gi6i han, ta dugc = §(a+ 2) > a=1
Vay limx =1.
3
Bai 3: Cho diy sé y=2012 va y_, = o Jg3“1" . Tim gi6i han day s6?
_1\3
HD: Tacé: wu,,-1= (U”Z V"o
3u; +1
—_ 8 4 - \ . - y oo A A .
Xeéthi¢u u,,, -u, =%< 0. Do do6 day so giam va bi chan dudi nén ton tai
u? +

gioi han. Suy ra limu, =1

Bai 4: Cho day s6 U=1va u,, =Ju? +u, +1—Ju? —u, +1. Tim gi¢i han day s6?

HD. IaCO- U =
+1 2 2
\/ n n \/ n n

2 2
Mat khac: \/u§+un+1+\/u§—un+1:\/(un+%j +%+\/(_u”+%j +%

>\/(un +%+—un +%j2 +(£+£J2 =2

>0

2 2
Do d6 day sé giam va bi chan dudi nén ton tai gioi han. Suy ra limu_ =0

Bai 5: Cho day s6 0<u <lva u_,(1-u) >%. Tim gi6i han ddy s6?

n

HD: Tacé: u,,(1-u,) >%2un(1—un) =u.,>Uu

Do d6 day sé giam va bi chan nén ton tai gidi han. Suy ra limu, =%
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Gidi han ciia d3y so

Bai 6: Cho day s6 {x,} xac dinh béi u =~/2 Va u,, =2 . Ching minh rang diy
{un} ¢6 gidi han hitu han va tim gidi han do6.

HD: Pat f(x) = (+/2)* thi ddy s6 c¢6 dang x, =2 VA Xpe1 = f(X,). Ta thay f(x) 12 ham
sb tang va x, =2 >+2 = x,. Suy ra {x.} la ddy sé ting.

Chung minh bang quy nap rang x, < 2.

Vay day {x,} tang va bi chan trén bdi 2 nén ddy cO gidi han hitu han. Goi a 1a gidi
han d6 thi chuyén dang thirc x.,, =+/2 " sang gi6i han, ta dugc a=+2". Ngoai ra ta
clingcoa < 2.

Xét phuong trinh x=+/2 @In_x In(v2) = x=2. Suy ra limu, =2
X

3. Bai tap tw giai:
Bai 1: Cho ddy s6 4=2012va u_, = ;[un +

2012

j . Tim gi6i han dy s6?

u+6
u +1

n

Bai 2: Cho ddy s6 4 =2012 va u . Tim giéi han day s6?

Cho day sb u, =2— . Tim giéi han day s6?

2" (u,In2-1)+1

Bai 3: Cho ddy s6 u=2012 va u_, = e Tim gi6i han day s6?

Bai 4: Cho day sb u,, = [1+%j . Tim gi¢i han day $6?
Bai 5: Cho day s6 u=b va u_, =u?+(1-2a)u_ +a’. Xac dinh a, b dé day sé c6 gidi han
va tim gi6i han day s6?

, 1 2 n
Bai 6: Cho ddy so u,, n+l(2 o2 2

+..+5| . Tim gi6éi han day s6?
2"l 2 nj g ’ y

V) Phuong phap sir dung sai phan
1. Kién thirc st dung:

n n
- Sai phan: A =X =% = D A=) X =X =X — %

k=1
Y tudng chinh: Biéu dién téng c4c s6 hang qua sai phan
2. Cac vi du:
~ [u, = 2008
Bai 1: ) )
u,, = u- -4013u, +2007° (n>1)
a) Chirng minh: u, > n+ 2007.
1 1 1
+ ot ——
-2006 U, - 2006 u, - 2006

n+l

b) bat x, =

Tim limx,
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Gidi han ciia d3y so
HD: a) Ban doc tu giai. Cau b):

u, = u?-4013u, + 2007°
< (u,,, —2007) = (u, —2006)(u, —2007)
1 1
Py =
u,,, —2007 (u, —2006)(u, —2007)
1 1 1
= = -
u,,,—2007 u,—2007 u,—2006
Suy ra
1 1 1
Xy = + + ot —
u, - 2006 u, - 2006 u, - 2006
1 1 1

Tu, - 2007 u, - 2007~ u_, - 2007
Suy ra limu, =1
u =1
Bai 2: Cho day s6 (u,) xac dinh nhu sau: { u

il —1+u2,VneN,n>1

un
2011 2011 2011
... [u u u
Tinh Ilm[ L +2 4.+ ]
u2 u3 un+1

HD: Taco:
u 1 1 u2011
n+1 :1+u§011<:>un+1:un+u§012 <:>Un+1—Un :u§012 o= = n
Un un un+1 un+1

2011 2011 2011

u 1 1 1

Suyra;: +—+—2—+. .+ 0 ="—— =1-

u2 u3 un+1 ul un+1 un+1
Chtng minh limu, =40 = lim——=0

un+1
2011 2011 2011
. (u u u
Vay I|m[1—+2—+...+ n ]:1
u2 u3 un+1
U =95

Py +11

Bai 3: Cho day sé: y u? +3u, +16

, e 1
Tinh Ilmgm
HD: Taco:
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R ) I S S
" u®® +7-(u, -4 “u., -4 u -4 u®+7
< 1 1 1 1
Suy ra: = - 11—
Y iZ_l“uf(’ogn u-4 u. —4 u., -4
Chtng minh limu, =+ = lim =0
un+1_4

Viy li v L =1
ay 'miz_l‘,uizoog+7_

Ll

2

Bai 4: Cho day s6 (u,) xac dinh nhu sau:
L - JUZ+4u +u

n+

Tinh Iimzi2
i=1 Y
HD: Tacé:%:i—l
ui ui—l l"li
51 1 1 1 1
Suyra: ) —=—+4+——-—=6——
Y iZl:uiZ u’ u, u u,

Chung minh limu, =40 = Iimi:O
u

Vay limY -+ =6
i=1 Y
limx =1

3. Bai tap tw giai:
u, =3

Bai 1: Cho ddy sd: |, 1=%U§—un+2 (n>1)

n+

u =1
Up = /U, (U, +1)(U, +2)(u, +3) +1

Bai 2: Cho day sb: {
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Gidi han ciia d3y so

u=a>1

Bai 3: Cho day so: {2010un+1 =u2+2000u,  (n>1)

V1) Phwong phap lwong giac hoa
1. Kién thirc sir dung:

- Biéu dién sé hang tong quat cta day sé bang cong thirc legng gidc dé tinh
giéi han: cong thie nhan d6i, nhan ba, céc hing dang thirc lugng giac.

- Y tudng chinh: Nhan dang va ding cong thic luong giéc phi hop dé biéu
dién céc s6 hang ctia day sd. Chl'y céc s6 hang dau 1a cac giéc tri luong giac dic biét
nao?

2. Céac vi du:
Bai 1: Cho day so UF% Va u,, =2u?-1. Tim gi6i han day sé UF
HD.T A . u —E—COSE

:Taco: =7 3

2"

Tac6é U,, = COs

Suy ra Iimuﬁzo
X =1

Bai 2: Cho day s6 1+ x2 —1.Tim gi6i han ddy s6?

T
HD: Chtmng minh: X, =N —— Vay limx, =0.

2n+1 s

. . g 1 / N M
Bai 3: Cho day so X =5 va xm:%{anr x§+4—1nJT|m gioi han day so?

1
HD: Chtng minh: X, = ?COt 2n+1 Viy limx, ==
4

. Tim gi6i han ddy s n-?

Bai 4: Choddy sb y=2vau ,=—n
u, —8u +8 n

Nl =
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Gidi han ciia d3y so

L =1_u%+£4 —a ,=1-8a’+8a!=2(2a’ -1)° -1

HD: Ta co:

u

n+1 n n

4" 1

1 V4 i
Mat khac: & :EZCOSE' Taco U,,; = COS

Suy ra Iim“Fn =0

Bai 5: Cho day sé u_ - Vo2 2
ool

T
HD: Chang minh: X, = tanw. Vay limx, =0.

. Tim giéi han ddy s6 u, ?

n—o0

3. Bai tap tw giai:

2-21-u?

Bai 1: Cho day so q:é vau,,, = . Tim gi61 han ddy so 2"u_?

2
By,
n+1 1—\/§Un

Bai 3: Cho 2 ddy sé u=a>0va u_, = ; Y v=b>Q b<ava v, =Ju_v . Timgisi

han hai ddy s6?
VI) Phuwong phap sir c4c tinh chit ciia ham s6 (ddy sé cho béi phwong trinh)
1. Kién thirc sir dung:

- Tinh chat ctia ham sé: tinh lién tuc va cac dinh Ii lién quan: dinh Ii vé gia tri
trung gian, ching minh phuong trinh ¢6 nghiém duy nhit; dao ham, tng dung cta
dao ham va dinh li Lagrange, ...

- Y tuéng chinh: Sir dung cac tinh chat cua ham sé dé xac dinh s hang day sé
cho bai phuong trinh.

2. Céac vi du:

.. . : s X"t ox"? x 1
Bai 1: Cho x, la nghiém cta phuong trinh: x" + St et o = o
Ching minh rang phuong trinh ¢6 duy nhit mot nghiém duong. Tinh limx?
HD: Phuong trinh tuong duong f (x)=2"x"+2"'x""+..+2x-1=0

Bai 2: Cho ddy sé 4 =3 va u

< ~ % U
. TIm gidi han day s6 —?
n

Taco: f (0)<0 va fn(%)>0 nén x, E(O;%j. Day sd x, giam, suy ra ton tai giéi han

limx, =a. Ta co: 26U=2%)) 4, 1
1-2x, 4
N, e o1 1 1
Bai 2: Ky hiéu x, la nghiém cua phuong trinh —+—1+...+—=0
X X- X—n

thudc khoang (0, 1)
a) Ching minh day {x,} c0 gi&i han.
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Gidi han ciia d3y so
b) Hay tim gidi han do.
1 1

HD: x, dugc xac dinh duy nhat vi ham sé  f_(x) _1, e lién tuc va don
X X-— X—n

= f ,(x)=0 c0 nghiém x_, €(0;x,). Do

di¢u trén (0, 1). Tacod: f ,(x)=f (xX)+ " i

d6 day sb giam. Gia st limx, =a. Ta co:
_ 1 1 1 1 1 1 11
0=—"+ +..+ <—+—+—+..+—<——=—=0
X, X,—1 X,—n X 2

n n

Vay ta phdi c6 lim x, = 0.

Bai 3: (VMO 2007) Cho s6 thuc a > 2 va fo(x) = a'x™™ + X" + _.+x + 1.
a) Chimg minh rang véi mdi sd nguyén duong n, phuong trlnh fa(x) = a ludn co
dung mot nghiém duong duy nhat.
b) Goi nghlem d6 1a X, chimg minh rang ddy {x,} c6 gi6i han hitu han khi n dan
dén vo cung.

HD: a) Ham s6 f,(x) ting trén (0, +o0) va f(0)<0 va f(1)>0 nén0 <X, < 1.

Churng minh day x, tang, tirc 1a Xp+1 > Xp.

Xét  fora(Xn) = @™+ X X"+ L X L= Xa(X) + 1= ax, + 1
Suyra f()>a va f(x,)<a, dodd X, <Xp+1 <1l Patc=(a-1)a<1
fa(C) — fa(Xn) = ke" (V6i k = (a-1)((a-1)° - 1) > 0)

Theo dinh ly Lagrange thi
fn(C) — fa(xn) = F(E)(C — Xn) VOi & thude (xn, C)

Nhung £ (&) = (n+10)a'®6™? + n™* + ...+ 1> 1 nén tir day suy ra ke" > ¢ - x,

Tudotacoc—ke"<x,<c

Vay limx, = c.

3. Bai tap tw giai:

Bai 1: (VMO 2002) Cho n 1a mét s6 nguyén duong. Chirng minh rang phuong trinh
1 1 1
x‘—l+’4x—l+m+ nx-1 2

dan dén vo cung, X, dan dén 4.

Bai 2: Cho n la mot s6 nguyén duong > 1. Chirng minh rang phuong trinh X" =X +
X + 1 ¢6 mot nghiém duong duy nhat, ky hi€u 1a x,. Hay tim so thuc a sao cho gidi
han IIELIO n*(X, — X,.,) ton tai, hitu han va khac 0.

=% c6 mot nghiém duy nhét x, > 1. Ching minh rang khi n
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Gidi han ciia d3y so
KET LUAN

Day s 1a mot chuyén dé quan trong trong giai tich toan hoc. Cac bai toan lién
quan dén ddy so lubn mang dén sy hap dan boi k§ thuat va phuong phéap giai ching.

Bai viét trinh bay mot so phuong phap tim gidi han cua day s6, cac y tuong, vi
du va bai tap da dugce sdp xép mot cach cd he théng nham gitp cho d6i twong hoc
sinh c6 diéu kién on tap, nghién ciru, phat trién.

Do trinh d6 con han ché nén trong bai viét khong thé tranh khoi nhirng sai sot
vé trinh bay ciing nhu vé chuy&n mdn. Rat mong ban doc gop ¥ kién.

Xin chén thanh cam on.
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