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Bai 1. (1,5d) Tinh céac gidi han sau:

J— ‘\' 2 J— J—
a) Iim(\/9x2+12x+3x). b) Iirgl|3 X| )2;;)24()( 3).

Bai 2. (1d) Tinh dao ham cua cac ham sé sau:
a) y=(1-2x)V1+x—-2%°. b)y = cos*(1-2x°).

Bai 3. (1d) Chirng minh phuong trinh (M*+2m +3)(x* +3x —4)> + m*x =0 c6 it nhat mot nghiém

véi moi s6 thue m.

, ) V2—X—+/2+X i
Bai 4. (1d) Tim m dé ham sé y=f(x) = . , ki =2<x<0 |ign tyc trén [-2;2].
m+ 2X, khi 0<x<2
. 2x+1
Bai 5. (1,5d) Cho hamso y= f(x) = 1 (©).
—X

a) Viét phuong trinh tiép tuyén tai giao diém cua do thi ham sé (C) va duong thang y = 2Xx +1.
b) Viét phwong trinh tiép tuyén ciia d6 thi ham sb (C ) biét tiép tuyén song song vai dudng thang
x—-3y—-1=0.

Bai 6. (4d) Hinh chép S.ABCD c6 O la tdm cua hinh thoi ABCD, AB = a, 15/’1{5 =60", SA 1
(ABCD), SA=a+/3. Dung OK L SC ( K thuac SC).

a) Chung minh BD L (SAC) . Tinh khoang céch gitta hai duong thang BD va SC.

b) Tinh goc tao boi dudng thang SA va mat phang (SBD).

¢) Tinh khoang céch tir C dén mat phang (SBD).

d) Tinh géc tao bai hai mat phiang (KBC) va (OBC).



Pap 4n va cho diém

Bai 1 Tim gidi han
. . 12x
lim (v9x* +12x +3x | = lim
a) H“”( ) H‘C"’[\/9x2 +12x —3xj
i 12
:xILrEo 2
—,/9+iz—3
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 B-xVX+T-4(x=3) . P +T7-4
b) lim 2 = lim ————
x—3 (x — 3) x—3 (x — 3)
=3 X2 +7 +4
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Bai 2 Tinh dao ham ham sé
y=1-2X)v1+x-2%°.
y' = (1= 2X)'V1+ x— 2% +(1—2x)(\/1+x—2x2)
1-4x
= 241+ x-2x* +(1-2X)
241+ x —2x°
AL+ x-2x)+ (1-2x)(1-4x) _16x*-10x -3
21+ x— 2% 21+ x—2X°
b)y = cos?(1-2x?)
y'=2c0s(1- 2x*).(cos(1- 2x*))
=-2c0s(L- 2x*).sin(L- 2x°).| (1-2x*)']
= 8xcos(1—2x%).sin(L—2x%).
= 4x.5in(2 — 4x°).
Bai 3

Chang minh ring phuong trinh (M*+2m + 3)(x® +3x —4)° + M*x =0 (1) c6 it nht

mét nghiém vaéi moi s6 thuc m.

pat f(x)=(m’+2m+3)(x* +3x—4)> + m’x.




Ham sé T (X) xac dinh va lién tuc trén R
Hamsé T (X) lién tuc trén [-1;1]
fQ)=m>>0

f(-1) =(-8)°(m* +2m+3)—m* <0

= f(-1).f (1) <0,Vvm
= 3x, €[-1;1] sao cho f(x)=0.

Vay pt (1) ¢6 it nhat 1 nghiém véi moi m.

Bai 4 V2—Xx—+/2+X .
(1d) Tim m dé ham sé y = f (x) = < , khi —2<x<0
m+ 2X, khi 0<x<2
lién tuc trén [—2;2].
lim f(x) = lim Y22 X=V2+X 2 -t
X—0~ X—0" X %207 /2 — X +/2+ X \/E
lim(m+2x)=m
x—0"
f(0)=m
Ham s lién tuc trén [—2;2] khi va chi khi
lim f(x) = lim(f(x)= f(0)
x—0" x—0"
eme—1
J2
Bai 5 2

cmm;unsa;y=f(x):1“’1

¢6 d6 thi (C).

a)Viét pt tiép tuyén tai giao diém cua dd thi ham sé (C) va duong thang Y =2X+1.

3
'=f'(X)= .
y'=1'(x) %)
2x+1 X—_—1
Pthd giao diém : a =2x+1 (xzD<| 2
a Xx=0
-1 -1, 4
X=—=y=0;f'(—=)==
& 2 y (2) 3

x=0=y=1f'(0)=3




Tai Ml(%l;oj, pttt:y=%x+%

Tai M»(0;1), pttt: y =3x+1

b)Viét phuwong trinh tiép tuyén ciia do thi ham sé (C ) biét tiép tuyén song song vai duong

thing X —3y —-1=0.

Goi M(Xo:Yo) 12 toa do tiép diém. tt song song véi (d):

3 1

(:I-_Xo)2 zg
X=-2=Y,=-1
X=4=y,=-3

tit tai M(-2;-1); Y 1x 1(|o i)
ail M(-2;-1); Y =—X—— (loa
pttt ta 3 X3 (o

ttt tai M(4;-3); Y lx 13
Al M(4;-3); Y==X——
pttt t; 3573

Bai 6

(4d) Hinh chép S.ABCD ¢6 O Ia tam caa hinh thoi ABCD, AB =a, B4 =60°,sA 1
(ABCD), SA = a~/3. Dung OK L SC (K thuoc SC).

a) Chang minh BD _L (SAC) . Tinh khoang céch giita hai duong thing BD va SC.
b) Tinh gdc tao bai duwong thang SA va mat phang (SBD).
¢) Tinh khoang cach tir C dén mat phang (SBD).

d) Tinh géc tao boi hai mit phang (KBC) va (OBC).

S

a) Hoc sinh chitng minh BD L (SAC)

* Khoang cach giira hai duong thing BD va SC 1a OK.




* Tam gidc SAC c6 SA= AC = a~/3 . Goi M Ia trung diém SC

suyra OK = = AM = 2sc = 26
2 4 4

b)Tinh géc tao bai duong thang SA va mat phang (SBD).

Xéc dinh SH 1a hinh chiéu vudng géc caa SA 18n (SBD), suy ra goc
[SA; (SBD)] = ASH = ASO

tan ASO = % = ASO ~ 26°34'

¢)Tinh khoang cach tir C dén mat phang (SBD).
d[C;(SBD)]=d[A;(SBD)]
AH 1 (SBD) = d[A;(SBD)]=AH

12: 12+ 12:>AH=a 15
AH® SA® AO 3)

d)Tinh géc tao bai hai mat phang (KBC) va (OBC).

Xac dinh dang [(KBC);(OBC)] =[(SBC);(ABC)] =SIA

2
Al.BC = AC.BO =25, = #
I
2
tan SIA:% =2
Al

— [(KBC);(OBC)] =[(SBC); (ABC)] = SIA ~ 63°26"









