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1. Kién thirc cg ban cin nim
2. Cac dang toan va phuong phap giai (kém theo cac bai toan minh hoa)
3. Tha thuat Casio giai nhanh
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THPT Quéc gia tham khéa, gidp cic em én lais kidn thite nhank ching v hidw qud: haw.
luwagng kién thite va bai tap khda nhiéw. Mang cdce doc gid: théng cam va déng gép g kién dé
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Win chan thanky cdm on! !/
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Bui Tran Duy Tun
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Chii dé 1 TINH PON PIEU CUA HAM SO
\ KA

A.LY THUYET VE TINH PON PIEU CUA HAM SO

I. LY THUYET CO BAN CAN NAM
1. Dinh nghia :

Choham s6 y = f(x) xac dinh trén K.

o Hams6 y= f(x) dong bién trén Knéu Vx,,x, e K:x, <x, = f(x,) < f(x,)

o Hams6 y= f(x) nghich bién trén Knéu Vx,,x, e K:x, <x, = f(x,) > f(x,)

2. Dinh 1y :

Cho ham s y = f(x) xac dinh trén K.
o Néu f'(x)>0, VxeK thi hamsd f(x) dong bién trén K.
o Néu f'(x)<0, VxeK thi hamsd f(x) nghich bién trén K.
o Néu f'(x)=0, VxeK thi hamsd f(x) khong ddi trén K.

3. Dinh ly mé rong :

Gia sttham s6 y = f(x) c6 dao ham trén K.
o Néu f'(x)20, VxeK va f'(x)=0 chi tai mét s6 hitu han diém thi ham s& dong bién
trén K.
o Néu f'(x)<0, VxeK va f'(x)=0 chi tai mét s6 hitu han diém thi ham s nghich
bién trén K.
o Néu f'(x)=0,VxeK thi f(x) khong d6i trén K.

w Chivy:
oy Néu K la mét doan hodc nira khoang thi phai bd sung gia thiét “ Ham s6 y = f(x) lién
tuc trén doan hodc nita khoang d6”. Ching han: Néu ham s8 y = f(x) lién tuc trén
doan [a;b] va c6 dao ham f’(x) >0, Vx € K trén khoang (a;b) thi ham s& dong bién
trén doan [a;b].
o Néu f’(x) >0,Vx e K (hodc f’(x) <0,VxeK)va f’(x) =0 chi tai mot s6 diém hitu

han ctia K thi ham s6 dong bién trén khoang K (hodc nghich bién trén khoang K).

Tong hop cdc chuyén dé luyén thi dai hoc Trang 7
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IL. CAC KIEN THUC VA KY NANG BO TRO

1. Lap bang xét dau cia mét bi€u thirc P(x)

dinh.

Budc 2. Sap xép cac gid tri ctia x tim duoc theo thit tw tir nho dén 16n.

Buoc 3. Stt dung may tinh tim ddu cta P(x) trén tiing khoang ctia bang xét dau.

Buéc 1. Tim nghiém cua biéu thiee P(x), hodc gid tri ctia x lam biéu thirc P(x) khong xac

2. M6t s6 kién thirc lién quan dén tam thitc bac hai

Cho tam thirc

e Dinh li vé d4u ctia tam thitc bac hai g(x) =ax® +bx+c (a#0):

og(x)ZO,Vxe]R@{

og(x)SO,Vxe]R@{

g(x)=ax’ +bx+c (a=0)

a>0
A<0

a<0
A<0

og(x)>O,Vxe]Rc>{

og(x)<0,Vxe]Rc>{

a>0
A<0

a<0
A<0

e Sosanh cdcnghiém x,, x, ctia tam thitc bac hai g(x) =ax® +bx+c v6isd 0:

ox1£x2<

A=0
0=<P>0
5<0

o0<x, <x,<<¢P>0

A=0

S>0

ox,<0<x,=P<0

e Sosanh cacnghiém x,, x, cua tam thitc bac hai g(x)=ax* +bx+c vdisd abat ky:

A>0 A>0
o x,>x, >ae4(x,—a).(x,~a)>0 o x,<x,<a<{(x,—a).(x,—-a)>0
x,+x,>2a X, +x,<2a
A>0
PhTAsh e (x,—a).(x,-a)<0
3. Kién thixc lién quan dén xac dinh tham s4 m.
of(x)sh(m),Vxe(a;b)@r(rzg)xf(x)sh(m)
° f(x)2 h(m), ¥x & (@;b) < min f(x) = h(m)
4. Pao ham mét s6 ham sd thuong gip
1.(x‘Z ), =ax®"’ 7.(6")’ =e* 13.(sinx)' =cosx 19.(cotx)’ :_sirfz ,
2.(u“ )’ =au'u |8 (e” )' =u'e" 14.(sin u)’ =u'.cosu 20-(C0t”), =" si;{; y
! 1 ! r [
3(\/;) Zm 9 (a") =a"Ina 15.(cosx) =—sinx 21.(Inx) =—

Tong hop cdc chuyén dé luyén thi dai hoc

Trang 8




Bién soan: Bui Trin Duy Tudn https://facebook.com/duytuan.qna

4. ( ”) 10.(11“ ), =u'a"Ina 16.(Cos u)’ =—u'.sinu 22.(1nu)! =%
1 1
(;j x (1Og” ) x.Ina 17.(tanx) cos’x
1 ’ ' 3 ’
[Zj (1Og” ) u.lna 18.(tanu) " cos’u
g thitc tinh nhanh dao ham ham phan thtc:
a bx2+2a c x+b c
B(aerbj_ ad —bc 24(ax +bx+cJ'_d e d fl e f
. = 5 1= = >
cx+d (cx+d) dx” +ex+ f (dx2+ex+f)

III. CAC DANG TOAN LIEN QUAN P£N TINH PON DIEU CUA HAM SO

1. Xét tinh don diéu ctia ham s6 y = f(x) trén tap xac dinh

¥ Phwong phap

Buéc 1: Tim tap xac dinh D.
Buéc 2: Tinh dao ham y' = f'(x).
Buéc 3: Tim nghiém f'(x) =0 hodc nhiing gia tri x lam cho f'(x) khong xac dinh.

Budc 4: Xac dinh ddu cuia f'(x) tai cac khoang gia tri vira tim duoc.

Budc 5: Két luan.

MOT SO BAI TOAN MINH HOA

Bdi todn 1: Tim cac khoang don diéu ctia cac ham s&: y=—x’ +6x” —9x +4.

Loi giai:
Ham s6 da cho xac dinh trén D=R.

Tacé: y'=-3x° +12x—9. Cho y' =0 32> +12v-9 =0 | "

Bang xét dau ctia y':
X ‘ —00 1 3 +00
- 0O + O —

K&t luan: Dya vao bang xét ddu trén, ham sd nghich bién trén (—oo ; 1) va (3; +oo) , dong bién

trén (1;3).

Tong hop cdc chuyén dé luyén thi dai hoc Trang 9
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Bdi todn 2: Tim cac khoang don diéu ctia cac ham s8: y = —x* +4x” - 3.

Loi giai:
Ham s6 da cho xac dinh trén D=R.
Tacéd: y'=—4x° +8x.
3 ) 4x=0 x=0 x=0
Cho y'=0 -4x"+8x=0<4x(-x" +2)=0<| | e, e .
—-x“+2=0 x =2 x =++/2

Bang xét dau cua y':

Két luin: Dya vao bang xét ddu trén, ham sd dong bién trén: (—oo; 2 ) va (O;\/E ), ham s6

nghich bién trén: (—\/E ;0) va (\/E ; +oo).

Bai todn 3: Tim cac khoang don diéu cua cac ham sd: y = 3 —27x .
X+
Loi giai:
. 3-2x —2x+3

Taco: y= =
x+7 x+7

Ham s6 da cho x4c dinh va lién tuc trén: D=R\ {—7} .
-2).7-1.3 _

Ta co: y':( ) —= 172<0,‘v’xeD:R\{—7}.

(x+7) (x+7)
Bang xét dau ctia y':

X ‘—oo -7 +00
v -

K&t luin: Dya vao bang xét du trén, ham s& ludn nghich bién trén: (—oo; —7) va (—7 ; +oo) )

, —x* +2x-1
Bai todn 4: Tim cac khoang don di€u ctia cdc ham so: y = “—; .
X+
Loi giai:
Ham s6 da cho x4c dinh trén: D=R\ {—2} .
—_— 2 —_—
Ta co: y':wﬁxe D.
(x+ 2)

Tong hop cdc chuyén dé luyén thi dai hoc Trang 10
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i =-5
Cho y‘:0<:>ﬂ:0<:>—xz—4x+5:0<:{x
(x+2) x=1
Bang xét dau y':
X | —o0 -5 -2 1 +0o0
y - 0 + ‘ + 0 -

Két ludn: Dya vao bang xét dau, ham s6 nghich bién trén: (—oo; —5) va (1; +oo), ham s6 dong

bién trén (—5;—2) va (—2;1).

Bai todn 5: Tim cac khoang don diéu cua cac ham s6: y = (4 - 3x)\/6x2 +1.

Loi gidi:
Ham s6 da cho xac dinh trén D=R.

- 2
Ta cé: y':_3m+6x(4 3x) _-36x" +24x-3

Joxr’+1 e +1

Cho y=0<

V6x® +1 ‘=

Bang xét dau cua y':

1

f— 2 - 2
36x° +24x 3:O<:>—36x2+24x—3:0<:> %
6

+00

Ol |m

1
2
0

+

~ A \ 2 7 A \ A ~ \VN o« A A 1 N 1 \ A~
Két ludn: Dyra vao bang xét dau, ham s6 da cho dong bién trén (—oo;g] va [E ;+ooJ, ham so

nghich bién trén: (% ; %j .

Bdi todn 6: Tim cac khoang don diéu ctia cdc ham s&: y =+/x> —2x.

N e

Loi gidi:
<0
Ham s6 da cho xac dinh khi: x* -2x>0 < {x Sy — Tap xac dinh: D = (—00;0] U[Z} +oo).
x>

Taco: y'= Vxe (—oo;O)u(2; +oo). Ham s6 khong c6 dao ham tai: x=0;x=2.

x—1
Jd—2x
Cho 1/ =021 —0ex-1-0ex=1.

Va2 =2x

Tong hop cdc chuyén dé luyén thi dai hoc Trang 11



Bién soan: Bui Trin Duy Tudn https://facebook.com/duytuan.qna

Bang xét dau y':

- +

K&t luin: Dya vao bang xét ddu, ham s8 nghich bién trén (—oo; 0) va dong bién trén(2; +oo) .

Bai todn 7: Tim cac khoang don diéu cia cacham sd: y=x—sinx , x e [0;%] .

Ham s6 da cho xac dinh trén doan [O;z] .

Taco: y'=1-cosx.

Trén doan[()}”] y'=0& {x 6[0;7[} <:>{xe[0;”] 2SS {x 6[0;7[] <x=0
1-cosx =0 cosx =1 x=k27r,(keZ)

Bang xét dau y':

x‘O T

!

y

+

K&t ludn: Dya vao bang xét dau, ham s& da cho dong bién trén[0; 7 |.

Bai todn 8: Tim cac khoang dong bién, nghich bién ctia ham s6: y =2sinx+cos2x , x € [O;z]

Loi gidi:
Ham s6 da cho xac dinh trén doan [O;ﬁ:' .

Ta co: y’=2cosx—251n2x=2cosx—4cosx.sinx=2cosx(1—28inx),xe[0;7r].

__7r
xe[O;ﬂ] X_E
Tréndoan[o;zr]:y’=0<:> cosx=0 ng .
sinx =—
L 6
Bang xét dau ctia y':
T T 5z
x |0 — — — V4
6 2 6
y + 0 — 0 + 0 -

Tong hop cdc chuyén dé luyén thi dai hoc Trang 12
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~ 5—”) ham s8 nghich bién

K&t luin: Dya vao xét ddu trén, ham sd dong bién trén (O;%} va (E ; .

N T ) (5%
tren: | —;— | va|—;7|.

Bai todn 9: Tim cac khoang dong bién va nghich bién cua ham s&: y = |x2 —-2x- 3| .

e

Loi giai:
2 _ 94 ; —o0—1 .
_— y:|x2—2x—3|: x 22x 3 khl. xe( 0; ]U[3,+oo)
—x"+2x+3 khi xe(—l;B)
TXD: D=R.
‘ {235—2 khi x € (—o0;-1)U(3;+0)
Tim y'= ) .
—2x+2 khi xe(-1;3)
Ham s6 khong c6 dao ham tai x=-1 va x=3.
Ta lai co: Trén khoang (—1;3): yY=0=x=1.
Trén khoang (—o0;-1): y' <0. Trén khoang (3;+%): y'>0

Bang xét dau y':

Két luin: Dya vao bang xét ddu, ham s& nghich bién trong cac khoang (—oo;—l) va (1;3), ham s6

déng bién trong cac khoang (—1;1)vé1 (3; +00).

Tong hop cdc chuyén dé luyén thi dai hoc Trang 13
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2. Tim m dé ham s6 ting hodc giam trén tirng khoang xac dinh
¥ Phuwong phap

Néu y = f(x,m)=ax’ +bx* +cx+d(a#0), y' = f'(x,m)=3a’x" +2bx +c c6 biét thirc A

a>0

o Ham s6 dong bién trén R <
A<0

a<0
A<0
ad —bc
(chrd)2

o Ham s6 dongbién trén D < y' = f'(x,m)>0,Vx e D < ad—bc >0

o Ham s6 nghich bién trén R < {

Néu y:f(x,m): ax+b

cx+d 0 y’zf’(x,m)z

o Ham s6 nghich bién trén D < y' = f'(x,m)<0,Vx e D < ad—bc <0

MOT SO BAI TOAN MINH HOA

Bdi todn 1: Tim tham s6 m d€ham s&:y =x° —3x”* +3(m+2)x+3m—1 dong bién trén R.

Loi giai:
Ham s6 da cho xac dinh trén D=R.

Ta c6: y' =3x" —6x+3(m+2)cd A'=9-9(m+2)

>-1.

NP A a>0 3>0
Ham s6 dong bién trénR < = SSm
9-9(m+2)<0

A'<0

K&t luan: m>-1 thi ham s6 dong bién trén R.

Bdi todn 2: Tim tham s0m d€ ham s&: y=—x" +3x” + ?)(rn2 - 1)x —3m* -1 nghich bién trén R.

Loi giai:
Ham s6 da cho xac dinh trénD =R.

Ta cé: y' =-3x" +6x+3(m* =1) c6 A'=9+33(m* —1)=9m’

Ham s6 ludn giam trénR < { m=0.

a<0 a=-3<0
= =
A'<0 A'=9m* <0

Két ludn: m =0 thi ham s& nghich bién trén R.

Badi todn 3:

Tim tham s6m dé€ ham s&: y=%(3—m)x3—(m+3)x2 +(m+2)x—3 ludn ting trén R.

Loi giai:
Ham s6 da cho xac dinh trén D=R.

Tong hop cdc chuyén dé luyén thi dai hoc Trang 14
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Xét a=3-m=0<m=3 khido a=0 loai m=3 viham sd bac 2 v4i hé s6 a =0 khong dong
bién hodc khong nghich bién trén R |
Xéta=3-mz0m=3

Tacé: y' =(3—m)x* —2(m+3)x+(m+2) c6 A'=(m+3) —(3—m)(m+2)=2m* +5m+3.
<3

a=3-m>0

) <9 3 @—ESmS—l.
A'=2m"+5m+3<0 —ESmg—l 2

Ham s6 ludn ting trénR < {

A 3 Cs NS A
Két luan: > <m<-1 thi ham s luon tang trén R.

Badi todn 4:

. ~ IR mx —2 . A . e S
Tim tham s6 m dé ham so: y = p—] nghich bién trén titng khoang xac dinh cta no.
x—m+

Loi giai:
Ham s6 da cho xac dinh trén: D=R\ {m —1} .
Ham s6 nghich bién trén tiing khoang xac dinh
. —mt+m+2 m<-1
2

=3 <O,Vx¢m—1<:>—m2+m+2<0<:>[

(x—m+1) m>2

Két luan: m e (—oo; —1) ) (2 ; +oo) thi ham sd nghich bién trén ting khoang xac dinh.
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3. Tim m dé ham s6 ting hay giam trong khoang con ctia R
¥ Phuwong phap

Néu y' = f'(x)=ax’ +bx +c hodc y'= f'(x) la mot ham bat ky nao khéc, ma ta can
y'=f'(x)20 hay y'= f'(x) <0 trén khoang (a,b) hoac doan [a,b] (hodc trén ntra doan hay
ntra khoang nao do).
Truong hop 1: Tach duoc tham s6 m (Phuong phép c6 lap tham so)
o Budc 1: Tim mién xac dinh cua y' = f'(x).
o Buoc 2: Doc lap (tach) m (hay biéu thirc chira m ) ra khoi bién x va chuyén m vé mét
ve. Dat vé con lai 1a g(x).Luu y khi chuyén vé thanh phéan thic thi phai d€'y diéu
kién xac dinh cta biéu thirc d€ khi xét dau g'(x) ta duwa vao bang xét dau g'(x) .
o Budc 3: Tinh g'(x) . Cho g'(x)=0 va tim nghiém.
o Budc 4: Lap bang bién thién ctia g'(x) .
o Budc 5: K&t luan: “Lén hon s8 16n — Bé hon s6 bé”. Nghia la: khi ta ddt m > g(x) (1)
hodc m < g(x) (2) thi dwa vao bang bién thién ta sé 1dy gia trj m > s& 16n nhat trong
bang bién thién tmg vdi (1) hodc m < s6 nho nhét trong bang tng vai (2).
Truong hop 2: Khong tach duoc tham sd m . (Phwong phap delta)
y'= f'(x)=ax’ +bx+c
o A<0:y' = f'(x) sécung diu vdi a
«a>0 thi f'(x)>0,Vx e Rnén ham s§ dong bién trén R, suy ra ham s6 dong bién
trén (u;b).
«a<0 thi f' (x) <0,Vx € Rnén ham s6 nghich bién trén R, suy ra ham s6 nghich bién
trén (a;b).
o A>0:y'=f(x) c62nghiém x,,x, va doi ddu khi qua hai nghiém.

X —00 X, X, +00

f(x) ‘cimg dduvéia 0 trdidduvéia 0 cungdauvdia

Luc dé bai toan dwa vé dang “So sanh hai nghiém ctia phwong trinh bac hai

g(x)=ax’+bx+c=0 vbi1sd a batki “.

A>0 A>0
x, > x> {(x,—a).(x,—a)>0 x, <x,<a<s(x,—a).(x,-a)>0
X, +x,>2a X, +x,<2a

A>0

Aty <:>{(3c1 —a).(x2 —a)<0
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c6 tap xac dinh D =R\ —é , ,zad;bcz.
c (cx+d)

ax+b
cx+d

Néu f (x) =
Tim diéu kién d€ ham s& dong bién hay nghich bién trén (x,;+), (-©;x,).

ad—bc>0 ad—bc>0

o Ham sd dong bién trén (x,;+o) << 4  trén (—o;x) <5 4
—Z < xo —Z > xo

ad—bc <0 ad—-bc <0

o Ham sd nghich bién trén (x,;+x) << 4 y ,trén (o x,)) <9 4 g
——<x ——>x
c

0 0
C

MOT SO BAI TOAN MINH HOA

Bai todn 1: Tim tham s6m d€ ham s&: y = x° —2mx? —(m + 1)x +1 dong bién trén doan [0; 2].

Loi gidi:
Ham s8 y =x" —2mx* - (m + 1)x +1d06ng bién (tdng) trén doan [O; 2]

ey =3x"—4dmx-m-120,Vxe[0;2] & 3x* ~12m(4x+1),Vx [ 0;2]

@mgm,VXE[O,Z:I
N 3’ -1 .oy 12x% +6x+4 .

bat g(x)_—(4x+1) ,taco g(x)——(4x+1)2 >0,Vxe[0,2].
Bang bién thién ctia g(x)

x 0 2

g'(x) +
11
-1

Dua vao bang bién thién: m<-1 (Vi m < g(x) nénldy m nho hon s6 nho trong bang bién thién).

Badi toan 2:

Tim tham s8m d€ ham s6: y = x° + 3x” +(m+1) x + 4m nghich bién trén khoang (—1;1).

Loi giai:
Ham s8: y = x° +3x” +(m+1)x+4m nghich bién trén khoang (-1;1)
c»y’=3x2+6x+nw+1s0/Vxe(—L1)
om<-3x"—6x—1= g(x),Vx € (—1;1).

Dt g(x)=-3x"—6x—-1.Taco g'(x)=-6x-6.Cho g'(x)=0< -6x-6=0<x=-1.
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Bang bién thién:

i
3(*) % 2 \_10 %

Dua vao bang bién thién, d€ ham s6 nghich bién trén khoang (—1; 1) thi m<-10.

Bdi todn 3: Tim m d€ ham s6 y =x° —(m+1)x* - (Zm2 —-3m+ Z)x +2m* —m dong bién trén nira

khoang | 2;+w).

e 2

Loi giai:
Tacéd: y'=3x" —2(m+1)x—(2m2 —3m+2).

Dé ham s6 dong bién trén nira khoang [2; +oo) <y'>0,Vxe [2; +oo)

Tam thitc bac hai y' ¢6 A'=7m* -7m+7 >0,VmeR nény’ =0c6 hai nghiém la:

m+1—\/2 m+1+@
X, = 5 X, = .

3 2 3

. N X<x,
Vix, <x,nén y'20 < .
xX2x,

Suy ra y'ZO,Vxe[2;+oo)<:>x2 <2 m+1;\/Z <2 AN <5-m

m<>5 m<5 3
et = @—ZSmSE.

A’S(S—m)2 2m* +m—-6<0

Vay 2<m S% thoa YCBT.

Bai toan 4:

Tim tham s6 m d€ham sé: y = —%xs +(m—-2)x —m(m—3)x—§ nghich bién trén (1;+o).

e 2

Loi giai:
Ham s6 da cho xac dinh trénR .

Tac6: y' =—x*+2(m—2)x—m(m—-3).

Ham s6 nghich bién trén (1;+w) <> y' <0, Vx € (1;+)
<:>—x2+2(m—2)x—m(m—3)£O,Vxe(1;+oo)

Ta c6 A’:(m—2)2—m(m—3)=4—m.

Truong hop 1: <0< 4-m<0<m=4

Ma a=-1<0 nén y’SO,VxeR:y’SO,Vxe(1;+oo)
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Vay m >4 théa man.

Truwong hop 2: A'>0&4-m>0<m<4.Khidd y'coé2nghiém x, <x,
X ‘—OO Xl X2 400

vy | - 0+ 0 -

Dua vao bang xét ddu trén, ham s da cho nghich bién trén (1; +oo)

©x <X, 31@{(x1_1)(x2_1)20©{x1x2—(x1+x2)+120
X, +x,-2<0 X, +x,-2<0
X, +x,=2(m-2)

Theo Viet ta co:
XX, = m(m - 3)

5+\/g
m> >
-3)-2(m-2)+1=0 2_ _
Do d6 m(m-=3)=2(m-2)+ oM omE520 5_\/g<:>m£5 V5
2(m—2)—2<o m-2<1 m< > 2
m<3

Vay m < vm=4 théa YCBT.

5-45
2

Bai todn 5: Tim tham s6 m dé ham s&: y = x+mcosx dong bién trénR .

Loi giai:
Ham s6 da cho xac dinh trén R.
Tacéd: y'=1-msinx.
Ham s6 dong bién trén< y'>0,Vxe R < 1-msinx>0,Vxe R < msinx<1,,VxeR (*)
Véi m=0thi (*) ludn dung.

Véi m>0thi (*)@sinxsl,VxeR@1sl@0<ms1.
m m

Vo6i m<0thi (*)@sinle,VxeR©—12l©—1£m<O.
m m

Vay: —1<m<1 thoa yéu cau bai toan.

Bdi todn 6: Tim m dé€ ham s6 y = m+2 dong bién trén (—2;+oo) )
X+2m
Loi gidi:
2 —
Ham s6 y = 7242 6 tap xac dinh Ia R\{-2m} , y' = 2" —2
X+2m (x+2m)

2m* =20 {m2>1
P osm>1.

Ham s6 dong bién trén (—2; +oo) =
—2m<-2

m>1
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Vay m>1 thoa YCBT.

Badi toan 7:

tanx-2

e , ~ N " D 7
Tim tat ca cac gia tri thyre ciia tham s6 m sao cho ham s6 y = dong bién trén (0; Z) .

tanx—m
A. m<0 hoac 1<m<?2 B. m<0 C.1<m<2 D.m>2
(Dé minh hoa Ky thi THPTQG 2017 caa B6 gido duc dao tao)

Loi giai:
at t=tanx thivoi xe€(0;,—)=t<(0;1) .
Dit t hi véi OZ 0;1

Ham s6 da cho trd thanh y =:;2, te (O; 1), TXD: R\{m}
—-m

m<?2

_ -m+2>0 m<0
Taco y'= m+22,te(O;l).Khidédi”éukiénbéitoén<:> " SHiim2l e .

F—m m¢(0;1) 1<m<2
Ta chon dap an A.
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4. Tim m dé ham s6 y = ax’ + bx’ + cx +d c6 do dai khoang dong bién (nghich bién)
bang [.

» Phwong phap

Buéc 1: Tinh y' = f'(x).

#0
Buéc 2: Tim diéu kién dé ham s8 6 khoang dong bién va nghich bién: {Z . (1)
>

Budc 3: Bién ddi [x, - x,| =1 thanh (x,+,) —4x,.x, =1 (2).

Buoc 4: Si dung dinh ly Viét dwa (2) thanh phuong trinh theo m .
Budc 5: Giai phuong trinh, so véi diéu kién (1) d€ chon nghiém.

MOT SO BAI TOAN MINH HOA

Badi toan 1:

Tim tham s6 m d& ham s8: y = x° +3x” + mx +m nghich bién trén doan c6 d6 dai bang 1.

Loi gidi:
Ham s6 da cho xac dinh trénD =R.
Tacd: y'=3x"+6x+m va A'=9-3m
o Voi A'=9-3m<0<m>3
Lucdd y' >0, VxeR, do d6 ham s6 tang trén R, khong thoa YCBT.
o Vi AN=9-3m>0<m<3
Khi d6 y' =0 c6 hai nghiém phan biét x,,x, (gia st x, <x,) va ham s6 nghich bién trong
doan [xl;xz] voido dail= |x1 —x2|
X, +x,=-2
Theo dinh ly Vi - ét ta co: m (m < 3)
Y

Ham s& nghich bién trén doan c6 d6 daibang 1 .

<:>l=‘xl—x2‘=1<:>(xl—x2)2 =1 <:>(x1+x2)2—4x1x2 :1<:>4—§m:1:>m:%(th6a DK).

Vay m = % théa YCBT.

Bai todn 2:

Tim tham s6 m d€ ham s6: y = —x° + x* —(2 - m)x +1 dong bién trén doan cé do dai bang 2

Loi giai:
Ham s6 da cho xac dinh trén D=R.
y'=-3x"+2x—(2-m) c6 A'=—5+m.

Néu A'=-5+m<0< m<5thi >0, VxeR, do d6 ham s0 ting trénR , khong théa YCBT.
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Néu A'=-5+m>0< m>5.Khidé y'=0 c6 hai nghiém phan biét x,,x, (gia skt x, <x,) va

ham s6 nghich bién trong doan [xl ; x2] voido dail = |x1 - x2| .

JC1-1-3C2:E

Theo dinh Iy Viét ta co: 3 (m>5)
xx,= 2"
1772 3

Ham s6 dong bién trén doan c6 do dai bang 2
2
el=|x —x|=2c(x,-x,) =4

4 2—-m

& (x,+x, ) —4xx, sdeg-dsde

3

14
Vay m = 3 thoa YCBT.

m

14
— (thoa).
5 (thoa)

Tong hop cdc chuyén dé luyén thi dai hoc
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5. Tim tap nghiém cua phuwong trinh

¥ Phwong phap

Phuong phdp 1
Buoc 1: Dua phuong trinh vé dang: f(x)=k, (1).
Bude 2: Xét ham s8 y = f(x). Dung lap luan khang dinh ham s dong bién (nghich bién).
Buoc 3: Liac d6 phuong trinh (1) c6 nghiém duy nhat x =x, ( ma ta nhdm duoc).
Phwong phdp 2
Budc 1: Dua phuong trinh vé dang: f(x) = g(x), (1)
Bu6c 2: Xét hai ham s8 y = f(x) va y = g(x) . Dung lap luan d€ khang dinh y = f(x) la
ham d6ng bién (nghich bién) va y = g(x) 1a ham nghich bién (d6ng bién).
Buc 3: Lic d6 néu phuong trinh (1) 6 nghiém x =x, la nghiém duy nhat.
Phwong phdp 3
Buoc 1: Dua phuong trinh vé dang f(u) = f(v), (1)
Bu6c 2: Xétham s3 : y = f(t). Dung 1ap luan khang dinh ham s dong bién (nghich bién).
Buoc 3: Khido tie (1) suyra: u=v.

MOT SO BAI TOAN MINH HOA

Bai todn 1: Giai phuong trinh: v4x-1++4x*-1=1

Loi gidi:
4x-1>20

) & x>
4x°-1>0

Diéu kién: { 1
2
Nhén xét: S nghiém cua phuong trinh la s6 giao diém ctia ham sd y = f (x) =V4x—-1++v4x* -1
vay=1
Xét ham s6 f(x) =+4x-1++/4x* -1, tap xdc dinh : D= {%,%DOJ

B 2 N 4x
Jix—1 Jax* -1

Suy ra ham s& dong bién trén [%,-FOOJ va f(%j =1

Pao ham f(x)l >0,Vx > %

Do d6 ham s8 ¢6 nghiém duy nh#t va d6 13 x= %

Badi todn 2: Giai phuwong trinh: V3+sinx —v/2—sinx =1.

N e

Loi gidi:

Tong hop cdc chuyén dé luyén thi dai hoc Trang 23



Bién soan: Bui Trin Duy Tudn https://facebook.com/duytuan.qna

D3t t =sinx , diéu kién |t| <1

Khi d6 phrong trinh c6 dang : BBat—2—t=1c\B3+t=1+/2—¢ (*)
Xét ham s0 :

e Hamso f(t)= J3+t 1aham dong bién trén D = [—1,1]

e Hams6 g(H)=1+ J2-t laham nghich bién trén D = [—1,1]
Tk (*) suy ra: f(t) = g(t) néu c6 nghiém thi nghiém d6 la duy nhat

Ta thdy t =1 la nghiém phwong trinh (*) ,do do: sinx=1<x :%+k27z,(k € Z)

3x-x%-1
Bdi todn 3: Giai phuong trinh: log, (vVx® —=3x+2 +2)+ (%j =2 (¥)

N e

Loi giai:

N x<1
biéu kién: x* -3x+2>0 <

>2
Pat u=vx*-3x+220=u’ =x*-3x+2=3x—-x*-1=1-u’

1-u?
Khi d6 : (*) < log, (u+2) + (%) PR
1 1-22
Xét ham s6: f(x) = log, (x+2)+ (Ej
e Mién xac dinh: D = |:O,+oo)

;+l.2x.5xz.ln3>0,VxeD
(x+2)In3 5

e Daoham: f'(x)=
Suy ra ham s6 tang trén D
Mac khéc: f(1)=2.Do do6 (**)cédang: f(u)=f(1) ©u=1

345

2

Voiu=1x=

3+45

Vay phuong trinh c6 nghiém x =

Bai todn 4: Giai phuong trinh: 2571 -2 = (x - 1)’

Loi giai:
Bién d6i phuong trinh vé dang : 2" +x-1=2""4x*—x (¥
Xétham sd f(x)=2"+t
e Mién xacdinh: D=R

e Daoham: f'(t)=In22'+1>0 VteD

Tong hop cdc chuyén dé luyén thi dai hoc Trang 24



Bién soan: Bui Trin Duy Tudn https://facebook.com/duytuan.qna

Suy ra ham s dong bién
T (*) cd dang f(x-1)= f(x*—x) S x-1=x"-x < x=1

Vay x =1 langhiém ctia phwong trinh .

‘SSinx—S‘ _e‘4sinx—1‘ _ 1 1

~[Bsinx—5| [4sinx—1]

Bai todn 5: Gidi phuong trinh: e

Loi giai:
Tap xac dinh D =R.
Bién ddi phuong trinh vé dang: i ; e ; *)
|851nx—5| |4smx—1|

Xét ham s6 f(t):et—%
e Mién xacdinh: D=R
e Daoham: f’(x):et+tl2>0, VxeD

Suy ra ham s dong bién.
Tt (*) c6 dang : f(|851nx—5|) = f(|4sir1x—1|) & |851r1x—5| = |4sir1x—1|

[8sinx—5=4sinx—1 sinx =1

P
_8sinx—5=1—4sinx sinx =—
x=£+k27z
= 2 (kez)
i 5Y/4
xX=—+k2rvx=—+k2x
6 6

Bdi todn 6: Giai phuong trinh: 2x° +x* —3x+1=2(3x-1)v3x-1 (1)

N e

Diéu kién: xzé.

Ta co: (1)<:>2x3+x2+1=2(x/3x——1)3+(\/3x7—1)2+1<:>f(x)=f( 3x—1).
Xétham sG f(t)=2t>+¢* +1 lién tuc trén khoang(0;+).

Ta co: f’(t) =6t +2t>0,Vte (0;+oo) — Ham s()’f(t) dong bién trén(o; +oo).

=551 )
Ll W)

:f(x)=f(V3x—1)<:>x=\/3x—1 sy =3x-1
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Bai todn 7: Giai phuong trinh: 2x° +7x% +5x+4=2(3x—1),/(3x-1) (2)

N e

Loi giai:
Diéu kién: x > % .
2x° +7x* +5x+4=2y> (3)
3x-1=y° 4)

Dit y=+/3x-120. Khi d¢: (2)@{

(
Cong vé theo vé€ cﬁa(3) cho(4), ta duoc: 2(x+1)3 +(x+1)2 =2 +y’ < f(x+1) = f(y) :

Xétham s0: f(t)=2t>+#* lién tuc trén khoang(0;+w).

f'(t)=6t*+2t >0,Vt € (0;+0)=Ham s8 f (t) dong bién trén (0;+).

= f(x+1)=f(y) o x+1=y.

Thay y =x+1vao(3), ta duwoc: 2x° +6x° +6x+2=2x"+7x" +5x+4 & x> —x+2=0.

= Phuwong trinh da cho v6 nghiém.

Bai todn 8: Giai phuong trinh: x° —4x> =5x+6 =3/7x* +9x - 4.

Loi giai:
Tap xac dinh: D =R.
Diat y =37x" +9x -4 . Khi d6, phuong trinh da cho dwgc viét lai thanh h
(2)

7% +9x—-4=y°

X’ —4x* -5x+6=y [x’—4x’-5x+6=y X’ —4x* -5x+6=y
= = =
Y +y=x"+3x"+4x+2

y3+y:(x+1)3+x+1 (*)
Khi d6, (*) c6 dang: f(y)= f(x+1) (**).

Xétham sG: f(t)=t+t,VteR.

Taco: f'(t)=3t*+1>0,VteR = f(t)dong bién trénR..

Licndy, (**) < y=x+1.

=5
x3—4x2—5x+6=y<:>{x3—4x2—6x+5=0 *

Va hé phuong tr‘mh(a) = {
y=x+1

y=x+1 xX=

Bdi todn 9: Gidi phuong trinh: 3x(2 +N9x7 + 3)+(4x+ 2)(\/1+ x+x° +1) =0 (1).

Loi gidi:
Tap xac dinh: D =R.
Liic nay phuong trinh(1) & (—3x)[2+ (-3x) +3j :(2x+1)[2+ (2x+1) +3j (2).

Dat u=-3x; v=2x+1vé6i u, v>0.
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Khi d6 ta ¢6 (2) < u(2+\/u2 +3) = v(2+\/v2 +3) (3).

Xétham: f(t)=2t++/t* +3t lién tuc trén khoang (0; +).

2% + 3¢
Vi 4382

L ‘ _ s 3y __1
Khi d6 phwong trinh(3) < f(u)= f(v) < u=ve -3x=2x+1< x 5

Taco: f'(t)=2+ >0;Vi>0= f(t) doéng bién trén (0; +oo) .

Vay x = —% la nghiém ctia phuong trinh.
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6. Tim tip nghiém ctia bat phwong trinh
¥ Phuwong phap

Phwong phap 1
Buoc 1: Dua phuong trinh vé dang : f(x)>k (1).
Bu6c 2: Xétham s8 y = f(x) . Dung lap luan khang dinh ham s& d6ng bién (nghich bién).
Buoc 3: T (1) ta thdy f(x)> f(a)
Budc 4: Dua vao dinh nghia vé don diéu suy ra x > @ néu ham sd dong bién hay x < a
néu ham sd nghich bién.
Phwong phdp 2
Budc 1: Pwa phuong trinh vé dang: f(u) > f(v) (1)
Bude 2: Xétham sS y = f(x). Dung lap luan khing dinh ham s8 dong bién (nghich bién).

Buoc 3: Khi d6 tie (1) suy ra: u > v néu dong bién ,u < v néu nghich bién.

MOT SO BAI TOAN MINH HOA

Bai todn 1: Giai bat phuong trinh: v5x—1++x+3 >4.

N e

Loi giai:
Diéu kién: x > % .
Xétham s6: y=+5x—1++/x+3 lién tuc trén nira khoang |:%;+OOJ .

5 1
Taco: f'(x)=

act: f(x) 25r-1 2dx+3
Mit khac: f(1)=4. Khi d6 bat phwong trinh da cho < f(x)zf(1)<:>x21.

>0,Vx > é = f(x) laham s6 dong bién trén[%ﬁoo}

Vay x =1 langhiém caa bpt da cho.

Bai todn 2: Giai bat phuong trinh: Vx+9 ++2x+4 >5 (1)

Loi giai:
o~ x+9>0
biéu kién: Sx=2-2
2x+4>0

Xétham s6 y = f(x) =vx+9 ++v2x+4 lién tuc trén nra khoang [—2; +oo).

Tacé: f'(x)=

1 1 o i~
+ >0,Vx>-2 = f(x) la ham s6 d6ng bién trén | —2;+w).
20x+9 2x+4 f( ) & [ )

Mit khac: f(0)=5,do d6:
e Néu x>0 thi f(x)> f(0) ©Vx+9++2x+4 >5,nén x>0 la nghiém
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e Néu 2<x<0 thi f(x)< f(5) < Vx+9++2x+4 <5 nén -2 <x <0 khong la nghiém.

Vay voi x >0 langhiém cua (1)

Bai todn 3: Giai bat phuong trinh: 3v3-2x + -2x<6 (1)

V2x -1

e

Loi giai:

Diéu kién: % <x

<3
"2

1) 3J3-2x + <2x+6< f(x)<g(x) (*).

Bat phuwong trinh
P 8 2x—1

Xét ham sé: f(x) =3v3-2x +

lién tuc trén ntta khoang (l ; E}
2x -1 22

-3 5
J3-2x _(m)
Ham s8 g(x)=2x+6 laham s6 dong bién trén R va f(1)=g(1)=8.
o Néux>1= f(x)<g(1)=8=g(1)<g(x)=(*) dung.
o Néu x<1= f(x)> f(1)=8=g(1)>g(x)=(*) v6 nghiém.

13 . v oA (13
0,V —;— hich bién t —;— .
< xe( }:f( )ng ich bién ren(2 2}

Ta cé: y’:f(x)z )

Két hop véi diéu kién ta chon nghiém: 1< x < % .

Bai todn 4: Giai bat phuong trinh: V2% 4322 +6x+16 <243 +/4—x (1)

Loi gidi:
3 2 >
Piou kien: | 2¥ T3¥ HOx+1620 <4
4—-x>0

Luc do: (1)<:>\/2x3+3x2+6x+16—\/4—x <23 & f(x)<243 (2).

Xét ham so: f(x) —2x° +3x% +6x+16 —J4—x lién tuc trén doan[—2;4].

3(x? 1
(x i ) + 1 >0,Vxe(—2;4)
\/Zx +3x*> +6x+16 2\/4 X

= f(x) luén dong bién trén khoang(—2;4)va cc')f(l) =23 nén: (2) = f(x) < f(l) < x<l.

Ta co: f()

Két hop véi diéu kién, nghiém cua bat phuong trinh la: 2<x<1.

Bai todn 5: Giai bat phuong trinh: \[(x+2)(2x-1) =3vx+6 <4 /(x+6)(2x-1) +3Vx+2 (1).

e 2.

Loi giai:

Diéu kién: x > % .
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Khi d6, phuong trinh: (1)<:>(\/x+2 +x+6)(v2x-1-3)<4 (2).

Véi \/2x—1—3£0<:>x£53(2):lu6n dang.

Véi x>5:

Xét ham s@':f(x)z(\/x+2+\/x+6)(\/2x—1—3) lién tuc trén khoéng(5;+oo).

Ta co: f’(x)z( L ! j(\/Zx—l—B)Jr XH2HVXHE (. vx s 5.

2xi2 2dxr6 V2x-1
= f(x) ludn ddng bién trén khoang(5;+) va c()f(7) =4.Do do: (2) =3 f(x) < f(7) < x<7.

Két hop véi diéu kién, nghiém ctia bat phuong trinh la: % <x<7.

Bai todn 6: Giai bat phuong trinh: vx® —2x+3 —x? —6x+11 >/3—x —yx -1

Loi giai:
x> =2x+3>0
2
_ >
Dicu kien: 1 020 59
3—-x20
x-120

Bién déi bat phwong trinh thanh: Vx? —2x+3 ++x—1>+/x>—6x+11++/3-x
SJ(x=1+2+Vx-1>(B-x)" +2+/3—x (1)

Xétham s6 f(t) =+ +2 +/t trén [1,3]

t 1 S AY - A
Taco: f'(t)=————+—>0, Vte|1;3| .Suyraham soO f(t) dong bién trén | 1,3
1)~y >0, e [153] - Suy raham s (1) dong bi tén [1,]
Te(1)tacod f(x-1)> fB-x)e=>x-1>3-x=>x>2

So diéu kién nghiém bat phuwong trinh la 2 <x<3.
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7. Giai hé phuong trinh
¥ Phuwong phap

Buwdc 1: Dat diéu kién (néu co).
Budc 2: Bién d6i 1 hodc két hop nhiéu phuong trinh ctia hé vé dang f(u)= f(v).
Budc 3: Khao sat ham s8 £(¢).

Nhén xét ham s6 luén déng bién hodc luén nghich bién r6i tir d6 suy ra u=1o.

Budc 4: Giai phuong trinh u = v va két luan nghiém.

MOT SO BAI TOAN MINH HOA

Frvsrfiog-1 ()
Py+3+Va-x=4 (2)

N e

Loi gidi:

Bai todn 1: Gidi hé phuong trinh: {

Diéu kién: —% <x,y<4.

Léy(l)trt‘r(2)tadu’oc; \/2x+3—«/4—x=\/2y+3—\/4—y (3)
Xét ham so: f(t)=\/2t+3—\/4—t lién tuc trén doan{—%;él}.

11
2t 43 24—t

=3)e f(x)=f(y)ex=y.

Ta co: f'(t) >0; Vxe {—%;4} = f(t) ludn dong bién trén khoéng(—%;élj.

x=3 y=3
Thay x = y vao(1). Giai phwong trinh ta tim duoc: 1= 11-
=y [Ty
A A 1A 11 11
Vay nghiém cta hé la: S = (x;y) = {(3;3),(?;3}.
4x* +1)x=(1-y){/5-2 1
Bai todn 2: Giai hé phwong trinh: (5% +1)=(1-0) v () (PH - A.2010)
4x° +y* +24/3—4x =7 (2)
Loi giai:
xSé
Diéu kién: é
y=3

Khi do: (1) < (4x” +1)x +(y=3)\5-2y = 0 < (42> +1)2x+2(y-3),/5-2y =0
| (2x) +1)(22) = (6-29)5-2y | (22)" +1](2%) = (5-2y +1) {52y
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= [(Zx)2 +1}(2x) = [(M)z +1}(M) co dangf(Zx) = f(\/ﬂ)

Xétham s8 f (t) = t(t2 +1) lién tuc trénR .

Taco: f'(t)=3t+1>0,VteR = f(t)ludn dong bién trénR .

x>0 OSxSE
Do d¢: f(2x)=f(\/5—2]/)<:>2x= Vo -2y <:>{(2x)2 =5_2y<:> Y= 5—4x*’
2

sz2+2sz7 (3).

Luc nay, phuong trinh (2) <> 4x” + ( >4

Xét ham sé: g(x) =4x’ +(5 24x j +2+/3—4x -7 lién tuc trén khoang (0;%}.

4 3
Tacé: ¢'(x)=4x(4x>-3)- <0,vxe| 0;,—
g (x)=4x( ) 3-4x ( ‘J
. A A 3 \ 4 1 4 A ¢ \ 1
:>g(x) nghich bién trén O;Z vaco g 5 =O:>(3) c6 nghiém duy nhat 1ax=5:>y=2.

So v6i diéu kién, nghiém cua hé la: S= (x;y) = [%, 2) .

¥ =-3x=y>-3y (1)

Bai toan 3: Giai hé phuwong trinh: .
- P & {xé +y° =1 (2)

2 2.

Tix(1) va(2) = biéu kién: {‘1 i X i 1

T (1) f(x)=f(y) (%)
£ —

Xét ham s (t) 3 _3¢ lién tuc trén doan[ -1; 1:|

Ta co: f ( ) <0;Vte [ -1 1] = f( )luon nghich bién trén doan[—l;l] nén(*) Sx=y.

Thay x = yvao(z) ta dwoc nghiém ctahé la: x=y =

-

X’ +2x=y (1)

Bai toan 4: Giai hé phuong trinh:
P & {jf +2y=x (2)

e 2.

Loi gidi:
Xét ham s6 f(t) =t +2¢ lién tuc trénR .

Taco: f'(t)=3t*+2>0,VteR= f(t)dongbién trénR.
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(3)
(4)

) an d&n mau thuan).

Hé phuong trinh da cho tro thanh: {

Yy
(v)=x
Néu: x>y = f(x)> f(y)=y>x (do(3)va(4
Néu: x<y= f(x)< f(y)=y <x (méu thuan).
=>x=y

Thay x =y vao (1),tadvzoc: x3+x=0<:>x( 1) 0 x=0 (dox*+1>0,Vx).

(0:0).

Vay hé phuong trinh c6 nghiém duy nhat: ( )
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B. THU THUAT CASIO GIAI PONG BIEN, NGHICH BIEN

I. KIEN THUC CAN NAM

Tinh dong bién nghich bién : Cho ham s8 y = f(x) ¢ dao ham trén khoang I. Néu f'(x)>0
véimoi x el (hodc f(x) <0 véimoi xel)va f(x) =0 tai httu han diém cua I thi ham s6

y = f(x) dong bién (hodc nghich bién) trén 1.

Cdc cdch swt dung Casio gidi dong bién, nghich bién

Cdch 1 : St dung chttc nang lap bang gia tri MODE 7 ctia may tinh Casio . Quan sat bang két
qua nhan duoc, khoang nao lam cho ham s ludn tang thi 1a khoang dong bién, khoang nao
lam cho ham s6 ludén giam la khoang ngich bién.

Cdch 2 : Tinh dao ham, thiét 1ap bat phuong trinh dao ham, c61ap m va dua vé dang m > f (x)
hodc m < f(x) . Tim Min, Max ctiaham f (x) roi két luan.

Cdch 3 : Tinh dao ham, thiét 1ap bat phuong trinh dao ham. St dung tinh nang giai bat phuong
trinh INEQ ctia mdy tinh Casio (d6i véi bat phwong trinh bac hai, bac ba)

IL MOT SO BAI TOAN MINH HOA

Bdi todn 1: Hoi ham s8 y =2x"+1 ddng bién trén khoang nao ?

A (_ oc;—%} B. (0;+ ) c.(_%;mj D. (~=:0)

[Pé minh hoa thi THPT Qudc Gian lan 1 ndm 2017]

Loi gidi:
Cach 1: CASIO MODE 7
Dé kiém tra dap an A ta sit dung chiic nang lap bang gia tri MODE 7 véi thiét lap Start =10 End

1
—EStepO.S
fwoog (D 2w D) (@ HOEE=HMOEEHOOEEOMEE =
- Foen |

Ta thdy ngay khi x cang tang thi f (x) cang giam = Dap an A sai
Twong tw nhu vay, dé€ kiém tra dap an B ta cling stt dung chirc ndng MODE 7 véi thiét 1ap Start
0 End 9 Step 0.5
boog D 2w D@ @ HDEE0EM0E0MEE
K]
F (i
1
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Ta thdy khi x cang tang thi twong tng f (x) cang tdng = Ddp an B dung
Cach 2 : CASIO PAO HAM
Kiém tra khoang (— oc; —%J ta tinh f(—% —0.1]

EAEQAENX@eHIEEHEHOE®EH0EEE

Math &

— . - @
S LERT L e 1T

_E16
125

Pao ham ra &m (ham s6 nghich bién)= Gia tri —% —0.1 vi pham = D4p 4n A sai
Kiém tra khoang (—oc;0)ta tinh f'(0-0.1)
@ © @® @ @ @ [oEy (0eD [0ED [0EL PEY PED (Z

d 4 F| Math &
a2 g, b
T1zZ5
biém 0-0.1 vi pham = Dap an D sai va C ciing sai = Dap an chinh xac la B
Xac minh thém 1 Jan nita xem B dng khong . Ta tinh f '(1 + 0.1) = % = Chinh xac
OO EITHE
@ Math A
o
EEE:{‘*+1]| k=140
1551
125

Céch 3: CASIO MODE 5 INEQ

Ham s6 bac 4 khi dao ham sé ra bac 3. Ta nham cac hé s nay trong dau. St dung may tinh
Casio dé€ giai bat phuwong trinh bac 3

o @ D RAIEEENOCEOEO0EE

II:IE ::{ [F] Math
Os A

R6 rang x>0
Cach tham khao : Ty luan
Tinh dao ham y'=8x°

Dé&ham s6 dong biénthi y'>0 < x>0 x>0 .

Vay ham s6 dong bién trén khoang (0;+ o)

Binh luan :

Khi st dung Casio ta phai d€ y : Ham s6 dong bién trén khoang (a; b) thi sé ludn tang khi x

tang. Néu luc tang ltc giam thi khong dang .
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Bai todn 2: Ham s6 y = x° +3x* + mx+m dong bién trén tp xac dinh khi gid tri cia m la:
A. m<1 B. m>3 C. -1<m<3 D. m<3
[Thi thtt bao Toan hoc tudi tré Ian 4 nim 2017]

Loi giai:
Cach 1: CASIO
Dé€ giai cac bai toan lién quan dén tham s6 m thi ta phai c6 lap m
Ham s8 dong bién < y'>0 < 3x” +6x+m >0 < m = -3x" —6x = f(x)
Vay dé€ ham s8 y dong bién trén tap xac dinh thi m > f(x) hay m >max f(x) v6i moi x thude
R
Dé tim Gid trj 16n nhét ctia f(x) ta van diing chitc ning MODE 7 nhung theo cach duing ctia ky

thuat Casio tim min max

g (@ H B M @ EEEIEEEEENO0NEME

Math

Fril
I lliillE -189
g -B| -1ud
E | =11 -105

Quan sat bang gia tri ta thdy gia tri 16n nhat caa f(x) la3 khi x=-1

[F Math
i F(Hd
| - 0
g |
g 0 ]
-1
Vay m=>3

Cach tham khao : Ty luan
Tinh dao ham y'=3x> +6x+m

Dé ham s6 dong bién thi y'>0 < 3x” +6x+m >0 véimoi xR (¥)
SA'<029-3m<0em=23

Binh luén:

Kién thtic (*) &p dung dinh ly vé dau ctia tam thitc bac 2 : “Néu tam thiic bac hai ax” +bx+c¢ ¢6

A <0 thi du cua tam thiec bac 2 ludén cung dau véi a” .

Bai todn 3: Tim tat ca cac gia tri thuc ctia tham s6 m sao choham s6 y = ttani dong bién
anx—m
trén khoang (0;%)
m<0
A. B. m<2 Cl<m<2 D. . m=2
1<m<2
[Pé minh hoa thi THPT Qudc Gian lan 1 nim 2017]

Loi giai:
Céach 1: CASIO

Tong hop cdc chuyén dé luyén thi dai hoc Trang 36



Bién soan: Bui Trin Duy Tudn https://facebook.com/duytuan.qna

Dé bai todn dé nhin hon ta tién hanh dit 4n phu : D4t tanx =t . D6i bién thi phai im mién gia

tri cua bién mdi. D€ 1lam diéu nay ta st dung chirc nang MODE 7 cho ham f (x) =tanx .
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Ta thdy 0<tanx <1 vay te(0;1)

e 4 2 \ \ A1\ A - 2 AN oA A 2
Bai toan tro thanh tim m dé ham s6 y = f=2 dong bién trén khoang (0; 1)
—-m

Tinh dao ham: y'= (t—m)—(t—Z) __2om

]

>0 m<2 (1)

—-m
2
t—m

y >0
Két hop diéu kién xéc dinh t-m#0 < m#t=me(0;1) (2)

<0
Ti (1) va (2) ta duoc | — Dép én A 1a chinh xéc
1<m<?2

Binh ludn :
Bai toan chita tham s6 m & dwdi mau thuwong danh Itra ching ta. Néu khong tinh tao chting ta
sé chon ludn dap an B

Tuy nhién diém nhan ctia bai toan nay la phai két hop diéu kién 6 mau s6. m #t ma t € (0;1)

vay m ¢ (0;1) .

Badi todn 4:

Véi gid tri nao cua tham s6 m thi ham s® y =sinx—cosx +201 7\ 2mx dong bién trén R

A. m>2017 B. m<0 C.mzL D m>—
2017 2017

[Thi thtt bao Toan hoc tudi tré Ian 3 nim 2017]

Loi giai:
Cach 1: CASIO

Tinh dao ham y'=cosx +sinx+ 2017/2m

—sinx—cosx
">0eom>2——— = f(x
Y 201742 (%)

D& ham s6 luén dong bién trén R thi m > f(x) ding v6i moi x € R hay m > max f(x)
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D& tim gid trj 16n nhat cua ham s6 ta lai st dung chitc ndng MODE 7. Viham f(x) 1aham
luwong giac ma ham lugng giac sinx,cosx thi tuan hoan véi chu ki 27 vay ta sé thiét 1ap Start 0

End 27 Step i—;[

(suF7) fuone) (4) fuon) (7] (B) (=) fsin) (et ) D) H e i DI D @RI HD @D W A EEE 0 E
(2] () (10 (2] (2) i) (109 () (] (8] B

FIIH:? e
I ﬁT =J.al
2|0.3306| -U-al
3l0.6613] -U-al

Quan sét bang gia tri ctia F(X) ta thdy f(max)= f(3.9683)~5.10"*

Math
ll. 299
S PESSETESE

I

Day 13 1 gid trj ~ 20117 vy m2— - = Dp in chinh xc la C

Cach tham khao : Tw luan

—sinx—cosx
201742 =)

Theo bét dang thitc Bunhiacopxki thi (—sinx —cos x)z < ((—1)2 + (—1)2 )(sin2 x +cos’ x) =2

Tinh dao ham y'= cos x +sinx +2017~/2m. y'20eom=

= /2 S(—sinx—cosx)S\/E

i

< <—
20172 (x) 20172

f(x) dat gia tri 16n nhét 1a

=

J2 1

201742 2017

:mzf(max):m

Binh luan:

Vi chu ki ctia ham sinx, cosx la 27 nén ngoai thiét 1ap Start 0 End 27 thi ta c6 thé thiét lap
Start -z End -7

Néu chi xudt hién ham tanx, cotx ma hai ham nay tuan hoan theo chu ki 7 thi ta c6 thé thiét

lap Start 0 End 7 Step %

Bdi todn 5: Cho ham s8 y =—x* +2x* +1 . Ménh dén nao duéi day dung ?

A. Ham s6 dong bién trén khoang (—o;—1)
(
(

D. Ham s6 dong bién trén khoang (1;+ oc)

B. Ham s6 dong bién trén khoang (- oc;O)

C. Ham s& dong bién trén khoang (0; + o)

[Thi tht chuyén KHTN -HN Ian 2 nam 2017]
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Loi giai:
Giai bat phuwong trinh dao ham véi 1énh MODE 5 INEQ
o @A EHBEEO0EAE0EE

v e T
w<-1, 04841

RS rang ham s& dong bién trén mién (- oc;—l) va (0;1) = Dap s6 chinh xac la A

Bdi todn 6: Trong cac hang s6 sau, hay chi ra ham s6 giam (nghich bién) trén R

A y:(%]x B. y:(%)x C. y=(z)" D. y=[$jx

[Thi thtt bao Toan hoc tudi tré Ian 3 nim 2017]

Loi gidi:
Ham s6 ngich bién trén R tic la ludén giam

Kiém tra tinh nghich bién y = (%) ctia ham véi chitc nang MODE 7 Start -9 End 10 Step 1

EOOEE@mEEDCINE@mIEEEEEDDE0E
ﬁ?

-g
=1

|
o
3 0. 12Ul

Tathdy f(x) lubn ting = A sai

Tuong tu nhu vdy , véi ham y = {L\/_j ta thdy f(x) ludén giam = Pap an chinh xacla D
272

o D IEO@RERE®NXEDEEEHEEH0EME

Math

-g
=1

Iyuf. |

m—1)x+1

Bdi todn 7: Tim cac gia tri thuc ctia tham s& m d€ hamsd y = (2—) dong bién trén tung
xX+m

khoang xac dinh

m< -1
A.m<2 B{ C.m#2 D. -1<m<?2
m>?2

[Thi Hoc sinh giéi tinh Ninh Binh nam 2017]

Loi giai:

s (-3-1)x+1

Chon m=-3 . Khao sat ham y =—3
x_

oo @B OEHEEOMOBFOCAMAOEREEEHE0OE
L&

v6i chite nang MODE 7
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Math

Ta thdy ham s6 luc tang luc giam = m=-3 sai = A, B, C déu sai
= Dap s6 chinh xacla D

v

Chu y : Viéc chon m khéo léo sé rtt ngan qua trinh thir dap an

Bai todn 8: Tim cac gia tri thyc ctia tham s6 m d€hamsd y = u;nx nghich bién trén
cos” x
khoang (O;EJ
6
A.mzE B.msE C.msE D.mzE
2 2 4 4
[Thi thit chuyén Ha Long — Quang Ninh lan 1 nam 2017]

Loi gidi:
PR 3—sinx .. . .
Chon m =3 . Khao sat ham y = -— V0i chitc ndng MODE 7
cos” x

(s1F7) wone) (4) wove) (7] (B (3] (=) sin) (artl) 5 O] @ feed (i) O] 3] (=3 (B} (&) (0] () ) 10 (] (€]
BeanxEH6EEOHEE

] Math
=H Fih)
1 i:

J. 0201
0.3858 1 3. 0565

0. 3308932535
Ta thdy ham s6 luc tang luc giam = m =3 sai = A, D déu sai

F|
L
15

1.3—-sinx

cos® x

g (7] (=) (] (4 (3] () (sin) () ) O) @ eed i) O) O (23 B B (@) B 1) 5109 () (6] (Z) ur)
EEEONEE

Chon m=1.3 . Khao sat ham y = voi chire nang MODE 7

F) Math
F i
| [ 1.3
g|0.0275] 12734
310.0585111.2UB1

Ta thdy ham s6 luén = m=1.3 dung = B la dap s6 chinh xac (Pap an C khong chita 1.3 nén
sai)

Bai todn 9: Tim tat ca cac gia tri thuc ctia tham s& m sao cho ham s6

y =2sin’ x—3sin’ x + msinx dong bién trén khoang [O; %j

A.m>0 B.m<§ C.mzé D.m>é

[Thi tht chuyén Vi Thanh - Hau Giang Ian 1 ndm 2017]

Loi gidi:
Chon m =5 . Khao sat ham y =2sin’ x —3sin’ x + 5sinx vdi chitc ndng MODE 7
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fong (7] (2] (sin) (2t) ) OJ (=9 (3] & (=) (3] (sin) (i) ) O] (23 (=) (8] (sin) (i) ) ) B B (@) &
() (109 () (2) (B (o) (109 () (2] (@) (B

K]
e | "

2| O« 157]|-0.8U1
03141 1=1.7112

Ta thady ham s6 ludn giam = m=-5 sai = B sai
Chon m =1 . Khao st ham y =2sin’ x - 3sin’ x + sinx v6i chtic ning MODE 7

MO EHBEHEEEEE

B

Fihl
| [ 1]
2| O.157|0.0906
Ji0.314ll0.0815

Ta thdy ham s6 luc tang luc giam = m=1 sai = A sai
Chon m = % . Khao st ham y =2sin’ x—3sin’ x + % sinx vdi chttc nang MODE 7

Moo= OEEHAM0EEE8EE

F:]

FiHl
| I 1]
g| O0.157|0. 1EEE
dl0.3141| O.236

Ta thdy ham s6 ludn ting = m = % ding = C sai

Bdi todn 10: Tim m d€ham s& y =mx’ —x* +3x+m—2 dong bién trén khoang (—3;0) ?
A.m=0 B. m=+1 C.3m#+1l D.m=1
[Thi th&r chuyén Lwong Vian Tuy lan 1 ndm 2017]

Loi giai:
Tinh dao ham y'=3mx* —2x+3 . Ham s6 dong bién < 3mx* -2x+3>0< m > 2;_23 = f(x)
X

Vay m> f(max) trén mién (-3;0) . Tim f(max) béng lénh MODE 7
o D E RN D EHE@EENPEEEEHEE0E6EHORE

[F] Math
F
| & -0.333
2|-c=8Ud | -0.358
3l -g. 6EY 1 -0.381
-3
Ta thdy f(max) =0.3333... :% = m 2% sai = D la dap s6 chinh xac

X

se PSP . ~ on € mm=2 o
Bai toan 11: Tim tat ca gia tri thyc cua tham s6 m sao cho ham s6 y = ————— dong bién
e —m

trong khoang (mi ;Oj

A. me[—l;Z] B. me[—%;%} C. me(l;Z) D. me{—%;%}u[lﬂ)
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[Thi tht THPT Bao LAm — Laim Doéng lan 1 nam 2017]

Loi giai:
Chon m=1 . Khao st ham y = % v6i chite néng MODE 7
e f—

frong) (7) (=) (e (<109 (29 (e O] & (=) (1 (2 (2 @ (e (x109 (o) (ew) ) & (=) (D) (=23 &) (E) (i)
DEOMENEEMNOEHAOEOEE

F Math
e | oF

3. BBEB
-1.313|3. 1356
-l.2Ul 3814

-1.353562943551
Ta thady ham s6 ludn téng trén = m =1 nhan = A, D c6 thé ding

e —(-1)-2 .
————— V0i chttc ndng MODE 7
e ~(-1)

AMAEEEEEEUEH®N®®E®E®O®JEH®NEEEEE
¥ - FIZH:?I

-0, FESESS111
Ta thdy ham s8 luén khong d6i (ham hang) = m=-1 loai = A sai va D la d4p s6 chinh xac.

Chon m=-1.Khao satham y =

Bai todn 12: Tim tat ca cac gia tri thwe m d€ ham s8 y =2x° +3(m—1)x2 +6(m—2)x+3

nghich bién trén khoang c6 d6 dai 16n hon 3.

m>6
A{ B. m>6 C. m<0 D. m=9
m<0

[Thi tht chuyén Tran Pha — Hai Phong Ian 1 ndm 2017]

Loi giai:
x, +x,=1-m
Tinh y'=6x”+6(m—1)x+6(m—2) . Theo Vi-ettacé: ' 2
XX, =m-—2
1772

Khoang nghich bién 16n hon 3 =[x, ~x,|>3 < (x,-x,) >9 & (x,+x,) ~4x,x,-9>0
& (1-m) —4(m-2)-9>0

St dung MODE 7 v6i Start -3 End 10 Step 1 d€ giai bat phuwong trinh trén

g (7 (O D FHEM I N@EEGMAEOIEEOE0EE8EHEE00E
L&

E] Math E] Math
n F (i i FiHd

3 - 1 | -5

y ] 1] g : 1]

5 I - 11 1 1

>6
Ta nhan dwoc {m 0 = A la dap s0 chinh xac.
m<
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C. BAI TAP TRAC NGHIEM
1. DE BAI

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cho ham s6 y = % Khang dinh nao sao day la khang dinh ding?

A. Ham s& nghich bién trén khoang (—oo; 1) U (1; +oo) )

B. Ham s8 dong bién trén khoang (—o;1) u(l; +oo) .

C. Ham s6 nghich bién trén cac khoang (—oo ;1) va (1; +oo) .

D.Ham s6 dong bién trén céc khoang (—o0;1) va (1;+w).

Cho ham s8 y = —x* + 3x> —3x + 2. Khang dinh nao sau day la khang dinh ding?
A.Ham sd ludn nghich bién trén R.

B. Ham s6 nghich bién trén cac khoang (—oo;l) va (1; +oo) .

C. Ham s6 dong bién trén khoang (—o;1) va nghich bién trén khoang (1;+).
D. Ham s6 luén dong bién trén R.

Cho ham s8 y =—x"* +4x* +10 va cac khoang sau:

(I): (—oo;—\/a); (ID): (—\/5;0); (III): (O;\/E);

Hoi ham s6 dong bién trén cac khoang nao?

A. Chi (D). B. (I) va (II). C. (II) va (III). D. (I) va (IID).

Cho ham s8y = . Khang dinh nao sau day la khang dinh dtng?

—4+2x
A. Ham s& luén nghich bién trén R.

B. Ham s0 ludn nghich bién trén titng khoang xac dinh.

C. Ham s8 dong bién trén céc khoang (—o0;2) va (2;+).

D. Ham s6 nghich bién trén cac khoang (—oo; - 2) vé(—Z; +oo) .

Hoi ham s6 nao sau day ludn nghich bién trén R ?

A h(x)=x"—4x*+4. B. ¢(x)=x"+3x> +10x +1.
C. f(x):—%x5+%x3—x. D. k(x)=x’ +10x—cos” x.
2 f—
Hoi ham sd y = Lxl-FS nghich bién trén cac khoang nao ?
X+
A. (—o0;—4)va (2;+0). B. (—4;2).
C. (—o0;-1) va (—1;+w). D. (—4;-1) va (-1;2).

3
Hoi hams6 y = % —3x? +5x—2 nghich bién trén khoang nao?

A. (5;+x) B. (2;3) C. (—o0;1) D. (1;5)
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Cau8. Hoihamsdy= %xS —3x* +4x> -2 ddng bién trén khoang nao?

A. (—;0). B. R. C. (0;2). D. (2;+x).
Cau9. Chohamsd y=ax’+bx*+cx+d.Hoi ham s luén dong bién trénR khi nao?

(a=b=0,c>0 a=b=0,c>0

A. . B. .
| a>0;b”> -3ac<0 a>0;b*-3ac>0
_a:b:O,c>O a=b=c=0

C. . D. .
| a<0;b* —3ac <0 a<0;b*>-3ac<0

Cau10. Choham s8 y = x’ +3x* —9x +15. Khang dinh nao sau day 1a khang dinh sai?
A. Ham s6 nghich bién trén khoang (-3;1).
B. Ham s& dong bién trén R.
C. Ham s6 dong bién trén (—9;—5) :
D. Ham s& dong bién trén khoang (5; +oo) .
Cau11. Choham s§ y=+/3x? —x* . Khing dinh nao sau day la khing dinh sai?
A. Ham s6 dong bién trén khoang (0;2).
B. Ham s6 dong bién trén cac khoang (—oo;O);(2;3) .
C. Ham s& nghich bién trén cac khoang (—oo;O);(2; 3) )
D. Ham s6 nghich bién trén khoang (2; 3) :

Cau12. Chohamsd y= g +sin’x,x e [O; 7[] . Héi ham s& dong bién trén cac khoang nao?
A. 0;7—7[ vd 11—”;7[ . B. 7—”,11—” .
12 12 127 12

C. 0;7—7[ v 7—”,11—” . D. 7—7[,11—7[ va 11—”;7[ .
12 127 12 127 12 12
Cau 13. Choham s8 y = x +cos’ x . Khang dinh nao sau day la khang dinh dung?

A. Ham s ludn dong bién trén R.

B. Ham s6 dong bién trén (% +kr; +ooj va nghich bién trén khoang [—oo; % + kﬁj .

C. Ham s0 nghich bién trén (% +kz; +oo] va dong bién trén khoang (—oo; % + kﬂ'j.

D. Ham s6 lu6n nghich bién trén R.

Cau 14. Cho cic ham s sau:

(I):y=1x3—x2+3x+4; (H):yzx—_l; (I):y=+/x* +4
3 x+1
(IV):y=x"+4x—sinx; (V):y=x"+x>+2.

Cé bao nhiéu ham s6 dong bién trén nhiing khoang ma né xac dinh?
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Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

A.2. B. 4. C.3. D. 5.
Cho cac ham s sau:
(M:y=-x"+3x>-3x+1; (II):y =sinx—-2x;
() : y = —/x* +2; (IV):y:;C_z
—-x

Hoi ham s6 nao nghich bién trén toan truc s6?
A. (D), (ID). B. (I, () va (Il).  C.(I), () va(IV).  D.(ID), (IID).
Xét cdc ménh dé sau:

(I). Ham s6 y = —(x—1)° nghich bién trén R.
(Il). Ham s6 y = In(x—1) _Ll dong bién trén tap xac dinh cua no.
x f—

X
Jo+1
Hoi ¢ bao nhiéu ménh dé dung?

A.3. B.2. C. 1 D. 0.
Cho ham s8 y =|x+1/(x-2). Khang dinh nao sau day la khing dinh sai?

(IIl). Him s6 y =

dong bién trén R.

A. Ham s0 nghich bién trén khoang (—1; %)

B. Ham s& nghich bién trén khoang (—o;-1).

C. Ham s& dong bién trén cac khoang (—oo;—1) va (% ;+ooj.

D. Ham s6 nghich bién trén khoang (—1;%) va dong bién trén khoang (% ; +ooj .
Cho ham s8 y = x +3+2v2—x . Khing dinh ndo sau day la khing dinh diing?
A. Ham sd nghich bién trén khoang (—oo; —2) va dong bién trén khoang (—2; 2).
B. Ham s8 dong bién trén khoang (—oo; —2) va nghich bién trén khoang (-2;2).
C. Ham s6 dong bién trén khoang (—;1) va nghich bién trén khoang (1;2).

D. Ham s8 nghich bién trén khoang (—»;1) va dong bién trén khoang (1;2).

Cho ham s y =cos2x+sin2x.tanx,Vx e (—%,%} Khang dinh nao sau day 1a khang
dinh dang?

A. Ham s ludn giam trén (—%,gj . B. Ham s6 ludn tang trén (—%,%j

C. Ham s6 khong d6i trén (_%’%j . D. Ham s lu6n giam trén (—%;Oj

N A, ? 4 .7 . ? ~ \ ~ x .2 A 4
Tim tat ca cac gia tri thuc ctia tham s6 m sao cho ham s6 y = giam trén cac

x+1
khoadng ma né xac dinh ?
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Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

A. m<-=3. B. m<-3. C. m<1. D. m<1.
Tim tat ca cac gia tri thuc cia tham s6 m sao cho ham s6 sau luén nghich bién trén R ?

y=—%x3—mx2+(2m—3)x—m+2

A. -3<m<1. B. m<1. C. 3<mx<]1. D.m<-3;m=1.

2_ —
x"—(m+1)+2m-1 ting

Tim t4t ca cac gia tri thyc ctia tham s& m sao cho ham s6 y =
x—m

trén tirng khoang xac dinh ctia n6?

A. . m>1. B. m<1. C.m<1. D. m=>1.

Tim tat ca cac gia tri thuc cia tham s6 m sao cho ham s y = f(x)=x+mcosx ludn
doéng bién trén R?

V3

A. |m|£1. B. m>——. C. |m|21. D.m<1.
2 2

Tim tat ca cac gia tri thwee cia tham s6 m sao choham s8 y =(m—3)x—(2m+1)cosx ludn
nghich bién trén R ?
m>3

A. —4Smsg. B.m=>2. C. . D. m<2.
3 m#1

Tim tat ca cac gia tri thuc cia tham s6 m sao cho ham sd sau luén déng bién trén R ?
y=2x"—-3(m+2)x* +6(m+1)x—3m+5
A. 0. B. -1. C.2. D. 1.

3
N L4 . 2 A, ? ' \ ~ 'x A AV
Tim gia tri nho nhat cta tham s6 m sao cho ham s6 y = ?+mx2 —mx—m ludn dong

bién trén R ?

A.m=-5. B. m=0. C. m=-1. D. m=-6.

Tim s6 nguyén m nhoé nhat sao cho ham s6 y = % luén nghich bién trén cac
khoang xac dinh cua né?

A. m=-1. B. m=-2. C. m=0. D. Khong c6 m.
Tim tat ca cac gia tri thuc cua tham s8 m sao cho ham s6 y = n;i-:: giam trén khoang
(—oo; 1) ?

A 2<m<2. B. 2<m<-1. C.2<m<-1. D. 2<m<2.

Tim tat ca cac gid tri thuc ctia tham s& m sao cho ham s6 y = x° —6x* + mx +1 dong bién
trén khoang (0; +oo) ?

A. m<0. B. m<12. C.m=0. D. m>12.

Tim t&t ca cac gia tri thwe ctia tham s6 m sao cho ham sd y =x* —-2(m—1)x*> + m—2 dong
bién trén khoang (1;3)?

A. me[—S;Z). B. me(—oo;Z]. C. me(2,+oo). D. me(—oo;—S).
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Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

i a a , ~ . o 1 1
Tim tat ca cac gia tri thuee ctia tham s6 m sao cho ham s6 y = §x3 - mx* +2mx—3m+4

nghich bién trén mét doan c6 d6 dai la 3?

A . m=-1m=9. B. m=-1. C. m=9. D.m=1,m=-9.
S AN R L ir e . ~ S tanx-2 .. A
Tim tat ca cac gia tri thye ctia tham s6 m sao cho ham s6 y:t— dong bién trén
anx—m

khoang (o;%j ?

A.1<m<2. B. m<0;1<m<2. C.m22. D. m<0.

Tim tdt ca cac gid tri thuc cua tham s8 m sao cho ham sd

3
D. —1—4;+oo .
15

y=f(x)= m;c +7mx* +14x—m+2 giam trén nira khoang [1; +0)?
T4t ca cac gia tri thwe ctia tham s6 m sao cho ham s8 y =-x" +(2m—3)x* +m nghich

A. —oo;—1—4 . B. —oo;—1—4 . C. —2;—E .
15 15 15

bién trén khoang (1;2) la (—OO;B} , trong d6 phan s6 P i gianva ¢ >0.Hoitong p+¢q
q q

la?

A.5. B. 9. C.7. D. 3.

X =2mx+m+2

Hoi c6 bao nhiéu gia tri nguyén ctia tham s& m sao cho ham s6 y =
x—m

doéng bién trén timg khoang xac dinh ctia n6?

A. Hai. B. Bon. C. Vb6 s6. D. Khong co.

Ho6i ¢6 bao nhiéu gia tri nguyén duwong cua tham s m sao cho ham s6
2 +(1-m)x+1+m
- x—m

A. 3. B. 1. C.2 D. 0.

Tim tdt ca cac gia tri thwc cta tham s6 ava S sao cho ham s

dong bién trén khoang (1;+w) ?

A3
y:f(x):%+%(5ina+cosa)x2—%xsinacosa—\/ﬂ—Z ludn giam trén R ?

A. %+kﬂ£0{£%+kﬂ,keZ va f>2. B. 1l+kﬂ£aﬁi—72[+k7z,keZ va f>2.

C.aS%+k7t,keZvé B>2. D.aZ%+k7z,keZvé B>2.

Tim mai lién hé gitta cac tham s6 ava b sao cho ham s6 y = f(x) =2x+asinx+bcosx
lu6n tang trén R ?

A.l+%:1. B. a+2b=23. C.2+b* <4, D.a+2b21+3\/5.
a

Tim t4t ca cac gid tri thuc cua tham s6 m sao cho phuong trinh x° —=3x* —9x-m =0 ¢

dung 1 nghiém?

Tong hop cdc chuyén dé luyén thi dai hoc Trang 47



Bién soan: Bui Trin Duy Tudn https://facebook.com/duytuan.qna

A. 27<m<5. B. m <-5 hodc m>27.
C. m<-27 hoac m>5. D. 5<m<27.

Ciu 40. Tim t4t ca cac gia tri thuc cua tham s6 m sao cho phuong trinh 2Jx+l=x+m cb
nghiém thyc?
A.m=>2. B. m<2. C.m=>3. D. m<3.

Cau 41. Tim tat ca cac gid tri thuc cua tham s8 m sao cho phuong trinh vx* —4x+5 = m +4x —x
c6 dung 2 nghiém dwong?
A.1<m<3. B. -3<m<+/5. C. —5<m<3. D. 3<m<3.

Cau 42. Tim tat ca cac gia tri thuc cta tham s6 m sao cho moi nghiém cua bat phuong trinh:

x* —3x+2<0 cling la nghiém ctia bat phuong trinh mx® +(m+1)x+m+1>07?
4 4
A . m<-1. B.mé—;. C.mZ—;. D. m>-1.

Cau43. Tim tat ca cac gid tri thuc cta tham s6 m sao cho phuong trinh:
log’ x+,/log: x+1-2m-1=0 cd it nhat mdt nghiém trén doan [1; 3ﬁJ ?
A. -1<m<3. B.0<m<2. C.0<m<3. D. -1<m<2.

Cau 44. Tim tat ca cac gid tri thuc ctia tham s6 m sao cho phuwong trinh vx? + mx+2 =2x+1 ¢
hai nghiém thyrc?

A.mz—g B.mzé. C.ng. D. VmeR.

2
Cau45. Tim tat ca cac gia tri thuc cua tham s0 m sao cho phuong trinh

3Vx—1+myx+1=23x" -1 c6 hai nghiém thyc?
A.lSm<1. B.—lSmgl. C.—2<m£l. D.03m<l.
3 4 3 3

Cau 46. Tim tat ca cac gia tri thiee cia tham sd m sao cho bat phuong trinh

J(1+2x)(3-x) > m+2x> —5x -3 nghiém ding vdi moi x e {—%;3} ?

A.m>1. B. m>0. C.m<1. D. m<0.

Cau 47. Tim tat ca cac gia tri thueee ctia tham s6 m sao cho bat phuong trinh

3(\/1+x+x/3—x)—2 (1+x)(3—x) > m nghiém dtng véi moi x e[ —1;3]?

A. m<6. B. m>6. C.m>6y2-4.  D.m<6v2-4.
Cau48. Tim tdt ca cac gia tri thuc cta tham s6 m sao cho bdt phuwong trinh
J3+x +4/6—x —18+3x—x* <m> —m+1 nghiém ding vx e[-3,6]?
A.m=>-1. B. -1<m<0.
C.0<m<2. D. m<-1 hoac m=>2.
Cau49. Tim tdt ca cac gia tri thuc cta tham s6 m sao cho bdt phuong trinh
mA4* +(m—1).2"? +m—1>0 nghiém dtng VxeR?
A.m<3. B. m=>1. C. -1<m<4. D. m=0.
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Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

N\ Y 2 4 .7 . ? ~ ~ \ 1
Tim tat ca cac gia tri thuc cua tham s6 m sao cho bat phuong trinh: —x° +3mx -2 < ——
x

nghiém dung Vx>1 ?

A.m<g. B.ng. C.mzé. D.—lSmsé.
3 3 2
Tim gia trj 16n nhét ctia tham s8 m sao cho bat phurong trinh 29 +3%7% > 17,3%* ¢4
nghiém?
A . m=4. B. m=8. C.m=12. D. m=16.

Bat phuong trinh v/2x +3x% +6x+16 —4—x > 2/3 ¢6 tap nghiém la [4;b]. Hoi tong
a+b co gia tri la bao nhiéu?

A. 2. B. 4. C.5. D. 3.

B4t phuong trinh vx* —2x+3 —v/x* —6x+11>V3-x —x~1 c6 tp nghiém (a;b]. Hoi

hiéu b—a co gia tri la bao nhiéu?

A. 1 B. 2. C.3. D. -1.

(NGO GIA TU - VP) Tat ca cac gia tri thuc ctia tham s§ m d&€ ham s&
y=2x"+3(m—1)x* +6(m—2)x+2017 nghich bién trén khoang (a;b) saocho b—a>3 la

0
A m>6. B. m=9. C. m<0. Y
m>6

(CHUYEN PHAN BOI CHAU) Tim t4t ca cac gié tri cia m d€ham s8 y =2° " dong
bién trén [1,2].

1 1
A.m>§. B.ng. Cm=>-1. D.m>-8.

(CHUYEN HUNG VUONG - GL) Tim tat ca cac gia tri thuc cia tham s§ mdé do thi

ham sdy =sinx +cosx +mx dong bién trén R.

A. —\/ESmS\/E. B.mS—\/E. C. —\/§<m<\/5. D.mZ\/E.

2 —
(BIEN HOA — HA NAM) Ham s8 y ==X dong bién trén [1;+00) thi gid tri ctia m
xX+m
la:
A.me —1;2 \{—1}. B.me(—l;Z]\{—l}. Cme —1;l . D.me —1;l .
2 2 2

(LE HONG PHONG) Tim tit ci cc gia tri cua tham s6 m dé ham s&
y =ln(16x2 +1)—(m+1)x+m+2 nghich bién trén khoang (—oo;oo).
A.me(—oo;—3]. B. me[3;+oo). C. me(—oo;—B). D. m e[—3;3].

(LE HONG PHONG) Tim tit ca c4c gid trj thuc ctia tham s8 m d&ham s3 y = %_11
nmcotx —

dong bién trén khoang (% ; %J :
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Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

Cau 67.

A. me(—oo;O)u(l;+oo). B. me(—oo;O).
C. me(1;+oo). D. me(—oo;l).
Tim tat ca cac gia tri thuc cia tham s6 m sao choham sdy = f(x) = x+mcosx ludn dong

bién trén R ?

J3 1

A.|m|£1. B.m>—. C.|m|21. D.m<—.
2 2

Tim tat ca cac gia tri thuc cua tham s6 m sao cho ham sy = (m—3)x —(2m+1) cos x luén

nghich bién trén R ?

m>3
A.—4Sms%. B.m=>2. C. . D.m<2.
3 m#1
Tim mai lién hé gitra cdc tham s& ava b sao cho ham s6 y = f(x)=2x+asinx +bcosx
luon tang trén R ?

A.1+%:1. B.a+2b=23. C.i>+b*<4. D.a+2bzl+3*5.
a

Tim tAt ca cac gia tri thuee ctia tham s8 m sao cho ham s8 y = x° —6x” +mx+1 dong bién

trén khoang (0; +oo) ?

A.m<0. B.m<12. C.m=0. D.m>12.

Tim tat ca cac gid tri thuc ctia tham s& m sao cho ham s6 y = x* —2(m—1)x* + m—2 déng
bién trén khoang (1;3)?

A. me[—5;2). B.me(—oo;2:|. C. me(2,+oo). D. me(—oo;—S).

S MM a i s , o NP 1
Tim tat ca cac gid tri thuee ctia tham s6 m sao choham s6 y = §x3 —mez +2mx—-3m+4

nghich bién trén mét doan c6 d6 dai la 3?

Am=-1m=9. B.m=-1. C.m=9. D.m=1m=-9.
N A~ 2 7 L4 . 2 A \ ~ tanx—z AV A A
Tim tat ca cac gid tri thwec cia tham s6 m sao cho ham s6 y = Prm— dong bién trén
anx—m

khoang (o;%j ?

Al<m<?2. B.m<0;l1<m<2. Cm=>2. D.m<0.

Tim tdt ca cac gid tri thuc cua tham s8 m sao cho ham sd
mx

y=f(x)= 3

A. —oo;—E . B. —oo;—E . C. —2;—E .
15 15 15

3

+7mx* +14x—m+2 giam trén ntra khoang [1; +o0) ?

D. —E;+oo .
15
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Cau 68.

Cau 69.

Cau 70.

TAt ca cac gia tri thuc ctia tham s6 m sao cho ham s6 y=—x*+(2m—23)x* +m nghich

~

bién trén khoang (1;2) la (—oo;ﬁ} , trong d6 phan sd -+ t6i gian va ¢ >0. Hoi tong p+q
q q

la?
A.5. B. 9. C.7. D. 3.
Ho6i ¢6 bao nhiéu gia tri nguyén duwong cua tham s& m sao cho ham s6

2 +(1-m)x+1+m

dong bién trén khoang (1; +0) ?
x—m

A. 3. B. 1. C.2. D. 0.

(CHUYEN THAI BINH - L4) Tim tit ca cdc gia tri thuc cia m d€ ham s6
y =(m—x3)\/1—x3 dong bién trén (0; 1).

A - m=>-2. B. m<-2. C. m>1. D. m<1.
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II. DAP AN VA HUONG DAN GIAI

1D 2A 3D 4B 5C 6D 7D 8B 9A 10B
11B 12A 13A 14C 15A 16A 17B 18C 19C 20D
21A 22B 23A 24A 25A 26C 27D 28C 29D 30B
31A 32B 33B 34C 35C 36D 37B 38C 39C 40B
41B 42C 43B 44C 45D 46D 47D 48D 49B 50A
51A 52C 53A 54D 55D 56D 57D 58B 59B 60A
61A 62C 63D 64B 65A 66B 67B 68C 69D 70B
Caul. ChonD.
TXD: D:R\{l}.Tacé y'=%>0, Vx#1
(1-x)
Ham s6 dong bién trén cac khoang (—o0;1) va (1;+0)
Cau 2. Chon A.
TXD: D=R.Tacd y'=-3x"+6x-3=-3(x-1)><0, VxeR
Cau 3. ChonD.
TXD: D=R. y' = —dx’ + 87 = 4x(2—x*). Gidi ' =0 |
:D=R. y'=—4x"+8x=4x(2—x*). Gidi y'=
y y r=+2
Trén cac khoang (—oo;—ﬁ ) va (O; \/E ) , ¥'>0nén ham s6 dong bién.
Cau4. ChonB.
TXD: D=R\{2}.Ta céy'z—LZ<O,VxeD.
(—4+2x)
Cau5. ChonC.
Ta co: f'(x)=—-4x" +4x* —-1=—(2x* -1)*<0,VxeR.
Cau 6. ChonD.
2 _ )
T™XD: D=R\{-1}. y' =228 Gigi y =0 2 420-8=0= |
(x+1) x=-4
y' khong xac dinh khi x =-1. Bang xét dau:
x | —oo -4 -1 2 +00
y + 0 — || -0 +
Ham s6 nghich bién trén céc khoang (-4;-1) va (-1;2)
Cau7. ChonD.
TXD: D=R. y':x2—6x+5:0<:{x:
X =
Trén khoang (1; 5), y' <0 nén ham s& nghich bién.
Cau 8. ChonB.
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Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

TXD: D=R. y'=3x"-12x> +12x* =3x*(x-2)*>0, VxR
Chon A.
' ) a=b=0,c>0
y'=3ax"+2bx+c>20,VxeR & )
a>0;b"—-3ac<0
Chon B.
TXD: D=R.Do y'=3x>+6x-9=3(x-1)(x+3) nén ham s6 khong déng bién trén R.
Chon B.

2 3 ] 6X—3x2
HSXD:3x* —x* >0 x<3 suyra D=(~;3]. y'=——-—, Vxe(-x;3).

243x% —x°

-0 =0
Gidi y'=0 :[x - ¥ khong xéic dinh khi {x
X = X =

Bang xét dau:

X |—oo 0 2 3
o e e ]
Ham s6 nghich bién (—0;0) va (2;3). Ham s6 dong bién (0;2)
Chon A.
1 1 X=——+knx
TXD: D=R. y'=—+sin2x. Gidi y'=0 < sin2x=—— < 120 (kez)
2 2 7
x=—+kr
12

Vixe I:O;;z] nén co 2 gia tri x = 7—7[Vé X= 11z thoa man diéu kién.
12 12

Bang xét dau:

) 2B Y
* 12 12 d
2T .
Ham s6 dong bién 0;7—” va 11—”;7[
12 12

Chon A.
TXD: D=R; y'=1-sin2x>0 VxR suy ra ham s6 luén dong bién trén R
Chon C.

(M: y'=x*—2x+3=(x-1) +2>0, VxeR.

S (x-1) 2 , —\
1y: o' = - 0,vaz-1 (W) y =(Vx*+4) =
)y (x+1} TSI (- ( o ) =

(IV): y' =3x* +4-cosx>0,VxeR (V): y' =4x +2x =2x(2x* +1)
Chon A.
D):y'=(-x"+3x*-3x+1)'=-3x> +6x—-3=-3(x-1)> <0, Vx e R;
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(I):y'=(sinx—2x)'=cosx—-2<0,VxeR;

! 3 2
(1) y’=—(\/x3+2) =—ﬁso,wce(—%/§;+oo);

1v) y‘{x_zJ =( x—zJ R

1-x —x+1) (1-x)

Caul6. Chon A.

M) y'=(~(x-1)°) =-3(x~1)* <0,vx ek

(II) y’z(ln(x—l)— ad j: T >0,vx>1

= (x—l)

' [ X
1.\/x2+1—x.(\/x2+1) x2+1—x.(mj 1
() y' = - = —~Vx = >0,VxeR
x°+1 x°+1 (x2+1)\/x2+1

Cau17. Chon B.

, | 2x=1 khi x>-1 | 1
y = . ;Y=0x=—
2x+1 khi x<-1 2
, 1
X | —oo - 5 +00
Y + ” -0 +
Cau 18. Chon C.
, o, N2—=x-1
TXD: D=(—oo;2].Ta coy z—,Vxe(—oo;Z).

NV2—x
Gidi ¥'=0=>+V2-x=1=x=1; y' khong xac dinh khi x =2
Bang xét dau:

x | —oo 1 2

y + 0 -

Dua vao bang xét dau, ham s§ dong bién trén khoang (—»;1) va nghich bién trén

khoang (1;2).
Cau19. ChonC.

Xét trén khoang (—% ,%j .

cos2x.cosx+sin2x.sinx

Ta cé: y =cos2x+sin2x.tanx = 1=y'=0
cosx
Ham s6 khong ddi trén (—%,%}

Cau 20. ChonD
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m-1
(x+1)2

Tap xac dinh: D=R\ {—1} .Taco y'=

Pé ham s6 giam trén cac khoang ma né xac dinh < y'<0,Vx=-1<m<1
Cau 21. Chon A
Tap xac dinh: D=R. Ta c6 y'=-x" —2mx +2m—3. D& ham s8 nghich bién trén R thi
a,<0 {—1<O (hn)
&

Y'<0,VxeRe 1/ s
A'<0 m- +2m-3<0

< -3<m<l1

Cau 22. Chon B.

X =2mx+m* —m+1

Tap xac dinh: DzR\{m} .Taco y'= ( 7
xX—m

Dé ham s6 tiang trén timg khoang xac dinh ctaa né
, 5 ) 1> 0(hn)
<y 20, VxeDeox" -2mx+m"-m+120,Vxe D < Sm<l
m-1<0
Cau 23. Chon A.
Tap xac dinh: D=R.Taco y'=1-msinx.
Ham s6 dong bién trén R < y'>0,Vxe R < msinx<1,VxeR

Truong hop 1: m=0 tacod 0<1,Vx e R.Vay ham s6 luén dong bién trén R

. 1 1
Truong hop 2: m>0 tacod sinx<—,VxeRo —21om<l
m m

Truong hop 3: m<0 taco sinle,VxeR©l£—1<:>mZ—l.Véy |m|£1
m m

Cau 24. Chon A.
Tap xac dinh: D=R.Taco: y'=m—-3+(2m+1)sinx

Ham s6 nghich bién trén R < y'<0,VxeR < (2m+1)sinx<3-m,VxeR

THI1: m= —% taco 0< %,‘v’x € R . Vay ham s6 luén nghich bién trén R.

TH2: m<—2 taco siny>——"" VxeR < 371 e 3-me2m-lom>—4
2 2m+1 2m+1
TH 3: m>—% ta co:
sinx <" VxeR < 3—m 21<:>3—m22m+1<:>m£3.Véy me —4;%
2m+1 2m+1 3 3

Cau 25. Chon A.
, . ) x=1
Tinh nhanh, ta cé f'(x)=0< 6x> —6(m+2)x+6(m+1)=0<
x=m+1
Phuong trinh f'(x) =0 cé nghiém kép khi m =0, suy ra ham s luén dong bién trén R
Truwong hop m #0, phuwong trinh f'(x) =0 ¢6 hai nghiém phan biét (khong théa YCBT)

Cau 26. Chon C.
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Tap xac dinh: D=R.Taco y'=x"+2mx—m
1>0(hn)
o

) -1<m<0
m +m<0

Ham s6 dong bién trén R < y'>0,VxeR < {

Vay gia tri nho nhat cia m dé€ ham sd dong bién trén R 1la m=-1
Cau 27. Chon D.
2
Tap xac dinh: D=R\ {—m} .Tacod y' = wmld
(x+m)
Yéu cdu débaic y' <0,VxeD o m*+3m+2<0< 2<m<-1
Vay khong c6 s6 nguyén m nao thudc khoang (—2;—1).

Cau 28. Chon C

2 —
Tap xac dinh D=R\ {—m} .Tacd y'= m 42 . D& ham sd giam trén khoang (—oo;l)
(x+m)
2
-4
<:>y'<O,Vxe(—oo;1)<:>{m <0<:>—2<m§—1.
1<-m

Cau 29. Chon D.
Cdch 1: Tap x4c dinh: D=R.Tac6 y' =3x" -12x+m
o Truong hop 1:
350 (hn)

om=>12
36-3m<0

Ham s6 dong bién trén R < y' >0, VxeR < {

© Trudong hop 2: Ham s dong bién trén (0;+w) < y'=0 c6 hai nghiém x,,x, thoa
x, <x, <0(%)
o Trwonghop 2.1: y'=0 cod nghiém x =0 suy ra m=0. Nghiém con lai cua y'=0
la x =4 (khong thoa (*))
o Truong hop 2.2: ¥’ =0 c6 hai nghiém x ,x, thoa

A">0 36-3m>0
x, <x,<0=15<0 <14<0(wl) =khongcod m.Vay m=12
P>0 m_ o
3
Cdch 2: Ham s6 dong bién trén (0; +oo) < m>12x—3x" = g(x), Vx € (0; +).

Lap bang bién thién cua g(x) trén (0;+0).

x |0 2 +0

g + 0 -
12
8 / \
0
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Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Chon B.
Tap xacdinh D=R.Tacd y'=4x" —4(m-1)x.
Ham s6 dong bién trén (1,3) < y'>0,Vxe(1;3) < g(x)=x*+1>m,Vx e(1;3).
Lap bang bién thién ctia g(x) trén (1;3).
x |1
' +

10

Dua vao bang bién thién, két luan: m < min g(x) < m<2.
Chon A.

Tap xac dinh: D=R.Taco y'=x> —mx+2m

Ta khong xét truong hop y'<0,VxeR via=1>0

Ham s6 nghich bién trén moét doan c6 d6 daila3 < y'=0 c6 2 nghiém x,,x, thoa

|x1—x2|:3<:>{

Chon B.

A>0em* —8m>0 {m>8haym<0 {mz—l
= =

(x,~%,) =95 -4P=9  |m’-8m=9 m=9

AA - A OA -A A A? N ~ AVN - A A 72- \
+) Diéu kién tanx # m . Diéu kién can dé ham s6 dong bién trén (O;ZJ lame (0;1)

Hy'= 2—-m
e x(tanx—m)?
1

cos’ x(tan x — m)

+) Ta thay:

5 >0Vxe(0;%};me(0;l)

< m<0 hodac 1<m<2

>0 -m+2>0
+) & hs dong bién trén (O;%jc{y > { m+2>

<
m¢(0;1) m<0;m>1

Chon B.
Tap xac dinh D =R, yéu cau cua bai toan dwa dén giai bat phuong trinh

mx* +14mx+14 <0, Vx > 1, twong duong voi g(x)=— >m (1)
x°+14x
Dé dang c6 duwoc g(x) 1a ham ting Vx e [1; +oo), suy ra min g(x) = g(1) = —%

Két luan: (1) < m>11n gx)zme —% >m

Chon C.
Tap x4c dinh D=R.Ta cd y' =-4x> +2(2m-3)x.

Ham s6 nghich bién trén (1;2) < y' <0,Vxe(1;2) & m<x* + % =g(x),Vx e(1;2).

Lap bang bién thién ctia g(x)trén (1,2). g'(x)=2x=0<x=0
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Bang bién thién

2
Dua vao bang bién thién, két luan: m < min g(x) < m< % .Vay p+q=5+2=7.

Cau 35. Chon C.

X2 =2mx+2m’-m-2  g(x)

Tap xacdinh D=R\{m!.Tacod y'= .

F ) Tacty (x=my (x=m)

Ham s6 dong bién trén titng khoang xac dinh khi va chi khi g(x)>0,VxeD.
m<-1

Diéu kién twong duongla A =-m’+m+2<0<
8(x) m>2
Két luan: C6 vo s gia tri nguyén cua m thoa yéu cau bai toan.
Cau 36. Chon D.

2x* —dmx+m* -2m-1 _ g(x)

Tap xac dinh D=R\{m}.Tacd y'= (x—m)? C(x-m)’

Ham s6 dong bién trén (1;+0) khi va chi khi g(x)>0,Vx>1 va m<1 (1)
Vi A =2(m+1)*20,Vm nén (1)< g(x) =0 c6 hai nghiém thoa x, <x, <1

2¢(l)=2(m* -6m+1)>0

biéu kién tuwong duwongla < g . om<3-22~0,2.
—=m<

Do d6 khong c6 gia tri nguyén duong ctia m thoa yéu cau bai toan.
Cau 37. Chon B.
biéu kién xac dinh: f>2

A A e . N e N
Yéu cau cua bai toan dwa dén giai bat phuwong trinh 5 <sin2a <1

Két luan: £+kﬁSaS5—”+kﬂ,keZ va f>2.
12 12

Cau 38. Chon C.
Tap xac dinh D=R.Tacé: y'=2+acosx—bsinx
Ap dung bat dang thitc Schwartz ta c6 2 - m <y'<2+ \/m
Yéu cau cua bai toan dua dén giai bat phuong trinh
y'20,Vx<2- A+ >0 a*+b*<4.
Cau 39. Chon C.
(1) © m=x"-3x" —9x = f(x). Bang bién thién ctia f(x) trén R.

X | —0 -1 3 +00
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Cau 40.

Cau 41.

Cau 42.

!

y + 0 - 0 +

y Oo/ 5\_27 /+oo

Ttr d6 suy ra pt c6 dung 1 nghiém khi m <-27 hoac m >5
Chon B.
Dit t=+/x+1,£>0. Phuong trinh thanh: 2t => —1+m < m=—t> +2¢ +1
XéthamsG f(t)=—t>+2t+1,t>0; f'(t)=-2t+2
Bang bién thién ctia f(t):

t 0 1

f(#) + 0
1/

+00

2
\ _oo
Ttr d6 suy ra phuong trinh cé nghiém khi m <2.

Chon B
Dat t= f(x)=vx*-4x+5.Tacod f'(x)=

£(t)

x—2
2

— f'(x) =0 x=2
Nx©—4x+5
Xét x>0 ta cd bang bién thién

X 0 2

fI(X) — 0 +
\@\1 Sl

Khi d6 phuong trinh da cho tré thanh m=#* +t-5< > +t—-5-m=0 (1).
Néu phuong trinh (1) c6 nghiém t,,t, thi ¢, +t, =—1. (1) c6 nhiéu nhat 1 nghiém ¢ >1.

f(x)

Vay phuong trinh da cho c6 dang 2 nghiém dwong khi va chi khi phwong trinh (1) c6
dung 1 nghiém ¢t (1;\/3). Dt g(t)=t* +t-5. Ta di tim m d€ phwong trinh g(t)=m 6
dung 1 nghiém t e (1;\/3). Taco g'(t)=2t+1>0,Vte (1;x/g).

Bang bién thién:

V5

/'\/g
-3

Tt bang bién thién suy ra -3 <m < J5 1a cac gia tri can tim.
Chon C.
Bat phuong trinh x> —3x+2<0 < 1<x<2.

t 1
g'(t)

g(t)

-x-2

Bat phuong trinh mx® +(m+1)x+m+120 < m(x’ +x+1)>-x-2&m>—
x"+x+1
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Cau 43.

Cau 44.

Cau 45.

Xét ham s0 f(x)zz_x—_2 voi 1<x<2.Co f'(x )—w >0,Vx e[1;2]
X +x+1 (x> +x+1)

N 4
Yéu cau bai toan < m > max fx)om= -
1
Chon B.

Dit t=/log> x+1.Diéu kién: t>1.

Phuong trinh thanh: £ +¢-2m—2=0 (*). Khi x e [1; 3% } —te[l;2]

t+t2

e fl)= m . Bang bién thién :

t 1 2
£(t) +

2
ON -

Tt bang bién thién ta cé: 0<m <2

Chon C

biéu kién: x > —%

Phuwong trinh vx? + mx+2 =2x+1 < 3x> +4x —1=mx (*)

2 —
Vi x =0 khong la nghiém nén (*) < m _3x +4x-1
x
2
Xét f(x)zw Tacéd f(x )_3x +1 OVXZ—%;x;tO
x
Bang bién thién
1
Y2 0 o0
f(x) + +
+00 oo
2 —00

Tit bang bién thién ta c6 d& phuong trinh 6 hai nghiém thi m > % .

Chon D.
Piéu kién: x>1

Pt & \/i_\/T %/\{% \/;+ _2\/:

t:4x

Ta co: f'(t)=2-6t taco: f’(t)zO@tz%

v6i x21 tacd 0<t<1. Thay vao phuong trinh ta dwgc m =2t —3t* = f(t)
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Bang bién thién:

t 0

f(¢) +

Tt bang bién thién ta c6 d€ phuong trinh c6 hai nghiém khi 0 <m < %

Wl O |W|F
|

Cau 46. Chon D.

o2]
4

Dit t = \/(1+2x)(3 - x) khi xe[—%;e,}:»t{ ;

Thay vao bat phwong trinh ta dwge f(t) =t> +t >m

Bang bién thién:

: 1o 72
4
f(t) +
4941442

Tt bang bién thién ta cd: m<0
Cau 47. Chon D.
Pit t =vV1+x+V3—x = £ =4+2J/1+x)(3-x) < 2/1+x)(3-x) = > —4
V6i x e[ -1;3] => t €[2;2v/2]. Thay vao bat phuong trinh ta duwoc: m < —* +3t +4

Xéthamso f(t)=—t+3t+4; f'(t)=-2t+3 ; f’(t)=0<:>t=§<2

t 2 2\/5
f(¢) -

0] TT—0
! 62 -4

Tir bang bién thién ta c6 m <642 —4 thoa dé bai
Cau 48. Chon D.

Dit t=\3+x4v6—x>0= 1 =(VBrr+v6-2) =9+2J3+x)(6-x)
=9<t?=9+2J(B+x)(6-x) <9+(3+x)+(6-x)=18
—18+3x—x* =3+ x)(6-x) :%(t2—9);te[3;3\/§:|

Xét f(t)z—%t2+t+% ; f'(t)=1—t<o;w6[3;3\/5]:»&%f(t)=f(3)=3
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Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

ycbtc[rn?fxf(t) 3<m’ -m+lem’-m-2>0< m<-1hojc m>2
332

Chon B
Dit t =2 >0 thi m4* +(m-1).2"2+m-1>0, dting VxeR
omt+4m-1)t+(m-1>0,Vt>0 = m(2 +4t+1)>4t+1,Vt>0

oo(t)=—24+l i,
§ P +4at+1

2
Tacé g'(t) = _4t—_2t2 <0 nén g(t) nghich bién trén [0;+w)
(+4t+1)

ycbt <:>rr>ro1axg(t) =¢(0)=1<m
Chon A.

Bpt <:>3mx<x3—l3+2,Vx21<:>3m<x2—%Jr;:f(x),wzl.
x

X

Ta co f’(x)=2x+i5—l22 /2x(i5)—12 4f W2=2, suy ra f(x) ting.
X X

X X
cht<:>f(x)>3m,Vx21<:>m>i]nf(x)=f(1)=2>3m<:>%>m

Chon A.

3

(1) trd thanh @) +3(%) >m (2). Dit f(t):(%) +3Gj .

Ta c6 (1) co nghiém < (2) co nghiém t €[0;1] < m < M{g\l)]( f(yeom<4
te[0;

(1)©(Ej +3(%j >m.Dat t=cos’x,0<t<1

Chon C
Diéu kién: -2<x <4 . Xét f(x)=\/2x3+3x2 +6x+16 —\/4—x trén doan [—2;4].

3(x2+x+l) 1
+
V220 +3x% +6x+16  244-x
Do d6 ham s dong bién trén[—2;4], bpt < f(x)= f(1) =23 x>1.

Co f'(x)=

>0,Vxe(—2;4).

So vdi diéu kién, tap nghiém caabptla S=[1;4]=a+b=5.

Chon A.
Diéu kién: 1<x<3; bpt <:>,/(x—1)2+2 +/x-1 >,/ 3—x 2+2+\/3—x
Xét f(t) =t +2++Jt v6i t20. Cof(t)— >0,Vt>0.

£ +2 2\/7
Do d6 ham s dong bién trén [0; +x). (1) < f(x—l) >f3-x)=x-1>3<x>2
So v6i diéu kién, bpt co tap nghiém la S=(2;3].
Chon D.
Tac6 y' =6x"+6(m—1)x+6(m-2)
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Cau 55.

Cau 56.

Cau 57.

Ham s6 nghich bién trén (a;b) X +(m—1)x+(m—2) <0Vxe (a;b)
A=m’—6m+9

THI: A<0= x> +(m—1)x+(m-2)>0 VxeR=Voli

TH2: A>0 < m#3=y' c6hainghiém x,x,(x, > x,)

= Ham s6 ludn nghich bién trén (x;;x, ).

Yéu cau dé bai:

ex,-x>35(x,-x) >9= 5 -4P>9

o (m-1)} —4(m-2)>9 >t —6m>0e|" O
m<0
Chon C.
Taco y'= (39(2 —2x+ m)2"3”‘2*"”‘ In2.
Ham s6 da cho dong bién trén
[1,2]<y'20, Vxe[1,2] < 3x° -2x+m20, Vxe[1,2](¥)

Vi f(x)=3x2—2x+m co a:3>0,—i:1<2 nén
2a
_ [1-3m<0
A'<0 r 1
>
A'>0 1-3m>0 =3
* >
()@ AL <1, =N m<l<:m_1
2 3
L (x,-1)(x,-1)=>0 m_2 .o Lm=-1

Chon D.

Ta c6: y =sin x +cos x +mx
y'=cosx—sinx+m
Ham s8 dong bién trén Rey'20,VxeR. < m=sinx—cosx, VxR

o mZmRaX(p(x), voi (p(x)zsinx—cosx.
Ta co: (p(x):sinx—cosx: ZSin(x—%jS\/E.

Do dé: mRaX(p(x)zx/E. Tt d6 suy ra m>~2.

Chon D.
2 _ 2 —
=" 6 tap xécdinh a D=R\{-m} va y'= X 24
X+m (x+m)

-m<1

Ham s6 da cho dong bién trén [1; +oo) ="
x“+2mx—-4m=>0,Vx e [1;+oo)

x*+2mx—4m>0,Vx e [1;+oo) o 2m(x—2) >—x*,Vxe [1;+oo) (1)
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Do x =2 thoa bat phuong trinh 2m (x - 2) >—x* vOi moi m nén ta chi can xét x #2.

2

2m < X ,Vxe[l;Z)
Khidé (1)) Y72 2)
2m>— ,Vxe(2;+oo)
x-=2
_ 2 _ 2 4x
Xétham so f(x)= trén | 1,40 )\{2! co f'(x _Tr
Fin)= 7 v L2 6 ()=
f'(x)=0©ﬁii
Bang bién thién
x |1 2 4 +00
V' + + 0 -
+00 -8
y / / \
1 -0 400
m>-1
YCBT <<2m<1 <:>—1<m£%.
2m=>-8
Cach khac
y:x2—4x o tap xac dinh 1a DzR\{—m} va y,=x2+2m—x—24m
X+m (x+m)

-m<1

Ham s8 da cho dong biéh trén [1;+0) <9
x“+2mx—-4m=>0,Vx e [1;+oo)

[—4<m<0
) m>0
A<0 m-+4m<0
s ) m<—4
X +2mx—4m20,Vxe[1;+oo)<:> {A>O s mm+4m >0 & >_1
m__
x, <x,<1 —m+Nm* +4m <1
m<—

Cau 58. Chon B.
Tacod: y= 111(169(2 +1)—(m+1)x+m+2

,  32x
Y 6w 41
Ham s6 nghich bién trén R khi va chi khi y'<0,VxeR

32x

&

16x* +1

—(m+1)

—(m+1)£O,VxeR
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32x

16x* +1

<:>—16(m+1)x2 +32x—(m+1)£0,VxeR

Cach 1:

—(m+1)<0,VxeR < 32x—(m+1)(16x" +1)<0,Vx R

m>-1
m<-5<m>3.
m=3

~16(m+1)<0 {m>—1
=N =N

=
A =162 —16(m+1)2 <0 —16m* -32m+240<0 [

Cach2 —2* _(m+1)<0  VreR
16x° +1
32x 32x
<m+1,VxeR < m+1=>maxg(x), voig(x)=
16x° +1 R 8(x) $(x) 16x° +1
2

Ta c6: g'(x) = 512x +322

(16x* +1)
, 1
§x)=0x=%—

4

1 1
li x)=0,¢| = |=4;8 —|=—+4
lim g(x) g(4j g( 4j
Bang bién thién:

; 1 1

—00 4 +00
g'(x) -0 + 0 -
4
—4

Dua vao bang bién thién ta c6 max Q(x)=4

Do d6: m+1>4 < m=>3.

Cau59. Chon B.
Tac y— —(1+ cot’ x)(m cotx —1)+ m(12+ cot? x)(cotx —1) _ (1+ cot? x)(l—Zm)
(mcotx—l) (mcotx—l)

Ham s6 dong bién trén khoang (% 2

5 J khi va chi khi:

mcotx—1#0,Vx e ﬁ;ﬁ
42

- mSOvm21©m<O
y'=(1+COt2x)(1_2m)>O,VX€{£}ZJ 1-m>0 -
(mcotx—l) 4 2
Cau 60. Chon A.

Tap xac dinh: D=R.Taco y'=1-msinx.
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Cau 61.

Cau 62.

Cau 63.

Ham s6 dong bién trén R < y'>0,VxeR < msinx<1,VxeR

Truong hop 1: m=0 tacd 0<1,VxeR. Vay ham s6 luén dong bién trén R

Trwong hop 2: m>0 tacéd sinxﬁi,‘v’xeRQLZIQmSl
m m

Truong hop 3: m<0 taco sinle,Vxe]R@lS—l@mz—l
m m

Vay |m|£1
Chon A.
Tap xac dinh: D=R.Taco: y'=m—-3+(2m+1)sinx

Ham s6 nghich bién trén R < y'<0,VxeR < (2m+1)sinx <3-m,VxeR
Truong hop 1: m= —% tacd 0< %,Vx eR . Vay ham s6 lu6én nghich bién trén R.

371 reRo ST <
2m+1 2m+1

Truong hop 2: m<—% tacd sinx >
<3-mz22m-1eom=-4
Truong hop 3: m>—% ta co:

M YreR e
2m+1 2m+1

Chon C.

Téap xac dinh D=R. Ta cé: y'=2+acosx —bsinx

Ap dung bat dang thiic Schwartz ta c6 2 —a® +b? <y’ <2++/a® + b
Yéu cau cta bai toan dua dén giai bat phuwong trinh

y'20,Vx < 2-+a* +b* 20 a” +b <4.

sinx <

m 21<:>3—m22m+1<:>m£%.V€1y me{—él;%}

Chon D.
Cdch 1:Tap x4c dinh: D=R.Tacd y' =3x*-12x+m
e Truong hop 1:
350 (hn)

Sm=212
36-3m<0

Ham s6 dong bién trén R < y' 20, VxeR < {

e Trudng hop 2: Ham s8 dong bién trén (0;+w) <> y'=0 ¢6 hai nghiém x,,x, thoa
x, <x, <0(%)
v Truong hop 2.1: y' =0 cé nghiém x =0 suy ra m=0. Nghiém con lai cua y'=0
la x =4 (khong thoa (*))
v Truong hop 2.2: y' =0 co6 hai nghiém x,,x, thoa
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A'>0 36—-3m>0
x, <x,<0=15<0 <14<0(wl) =khongcod m.Vay m=>12
P>0 ™o
3
Cdch 2:Ham s6 dong bién trén (O; +oo) < m>12x-3x% = g(x), Vx € (0;+0).

Léap bang bién thién cua g(x) trén (0;+).

x |0 2 +oo
g! + 0 —
12
0 —oo

Cau 64. Chon B.
Tap xadc dinh D=R.Tacd y'=4x>-4(m—-1)x.
Ham s8 dong bién trén (1;3) < y'>0,Vx e (1;3) < g(x)=x" +1>m,Vx e(1;3).
Lap bang bién thién ctia g(x)trén (1;3).

x |1
g * 0

/10
g 2

Dua vao bang bién thién, két luan: m <min g(x) < m<2.
Cau 65. Chon A.
Tap x4c dinh: D=R.Tacd y'=x*—mx+2m

Ta khong xét truong hgp y'<0,VxeR via=1>0

Ham s nghich bién trén moét doan c6 d6 daila3 < y' =0 c6 2 nghiém x,,x, thoa

|x1—x2|=3<:>{

Cau 66. Chon B.

A>0=m*—8m>0 {m>8haym<0 [m:_l
=

( 2_ 2 _ < 2_ _ _9
x,-x,) =95 -4P=9 (m"-8m=9 m=

+) Diéu kién tanx = m. Diéu kién can d€ ham s6 dong bién trén (O;%) lame (0; 1)

5 y'= 2—-m
Y7 cos? x(tanx—m)?
~ 1 Va
+) Ta thay: 5 ~>>0Vxe| 0;— ;me(O;l)
cos” x(tan x —m) 4
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Cau 67.

Cau 68.

Cau 69.

Cau 70.

< m<0 hodc 1<m<?2

, " A >0 -m+2>0
+) b€ hs dong bién trén (O;%)@{y <:>{ "

m e (0;1) m<0Om=>1
Chon B.
Tap xac dinh D =R, yéu cau cua bai toan dwa dén giai bat phuong trinh

mx* +14mx+14 <0, Vx > 1, twong duong véi g(x)=— >m (1)
x°+14x
Dé dang c6 duwoc g(x) la ham tang Vx e [1; +oo), suy ra m>11n g(x)=¢g(1)= —%

Két luan: (1) < m>11n gx)zme —% >m

Chon C.
Tap x4c dinh D=R.Ta c6 y'=-4x’ +2(2m-3)x.

Ham s6 nghich bién trén (1;2) < y' <0,Vx e(1;2) & m < x? +% =g(x),Vxe(L;2).

Lap bang bién thién ctia g(x)trén (1;2). ¢'(x)=2x=0<x=0

Bang bién thién

8 *

2

Dua vao bang bién thién, két ludn: m < min g(x) < m< % .Vay p+q=5+2=7.

Chon D.

2x¢* —dmx+m’ -2m-1_  g(x)

Tap xéc dinh D=R\{m}.Tacé y'= = (x—m)

Ham s6 dong bién trén (1;+w) khi va chi khi g(x)>0,Vx>1 va m<1 (1)
Vi A =2(m+1)*>0,¥m nén (1)< g(x) =0 cd hai nghiém thoa x, <x, <1

2¢(1)=2(m* -6m+1)>0
Diéu kién twong duong 12 { g em<3-242~0,2,

5= m<1
Do d6 khong c6 gia tri nguyén dwong ctia m thoa yéu cau bai toan.
Chon B.
+Tép xac dinh: D =(-o0;1].
3x?

+y'=-3x"V1-x° —%.(m—f)zz—ﬁ(&f —m—2).
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x=0

y=0= x_3/m+2-
3

* Treong hop 1: m=-2, ta c6 bang xét dau:
—0 0 1
‘ Y ‘ - 0 +

I

Dua vao BXD, tacé y' <0, Vx e (O;l) = ham s6 nghich bién trén (O;l) .

* Truong hop 2: m#-2.

D& ham 56 nghich bién trén (0; 1) thi "2 <0 e m<-2.

Vay m < -2 thi ham s6 nghich bién trén (O; 1).
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Chii dé 2 CUC TRI CUA HAM SO
\ S

A.LY THUYET VE CUC TRI CUA HAM SO
I. PINH NGHIA

Gia st ham s6 f xac dinh trén tap K va x, € K. Ta ndi:
o x, ladiém cuc tiéu chiaham s§ f néu ton tai mot khoang (a;b) chtta x, sao cho
(a;b) c Kva f(x) > f(xo),Vx € (a;b)\{xo}.
Khi d6 f(x,) duoc goi la gid tri cyc tiéu ciaham s6 f .
o x, ladiém cuc dai ciaham s8 f néu ton tai mot khoang (a;b) chita x, sao cho

(a;b)ché f(x)<f(x0),Vxe(a;b)\{x0}.

Khi d6 f(x,) duoc goi la gid tri cuc dai ciaham s6 f .

w Chil y:
Bang sau day tom tat cac khai niém dwoc st dung trong phan nay:
Xo f(XO) (xo;f(XO))
Diém cuc dai ctia f Gia tri cye dai (cuc dai) caa f Diém cuc dai ctia d6 thi ham s8 f

Diém cuc tiu cta f | Gid tri cuc tiéu (cuc ti€u) cta f | Di€m cyc tiéu ctia d6 thi ham s6 f

biém cuc tri cua f Cuc tri caa f Diém cuc tri cua d6 thi ham s6 f

Néu x, la diém cuyec tri cia ham s6 thi diém (x0 i f (xo )) goi 1a diém cyc tri ciia d6 thi ham s8 f.
. Nhan xét:

o Gid trj cuc dai (cuc ti€u) f(x,)ndi chung khong phai la gia tri 16n nhat (nho nhét) cta
ham s& f tréntap D; f(x,) chila gié trj 16n nhdt (nho nhat) cia ham s6 f trén mot
khoang (a;b) nao d6 chira x,hay noi cach khac khi x, diém cyee dai (cuc tiéu) sé ton tai
khoang (a,' b) chita x, sao cho f(x,)la gié tri 16n nh&t (nh6 nhat) ciia ham 6 f trén
khoang (a;b).

o HamsG f co thé dat cuc dai hodc cuc tiéu tai nhiéu diém trén tap K. Ham s& c6 thé

khong c6 cuee tri trén mot tap cho trudce.
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IL. PIEU KIEN CAN PE HAM SO CO CUC TRI

Y Dinh 1i 1: Gid st ham s6 y = f(x) dat cuc tri tai diém x,,. Khi d6, néu y = f(x) c6 dao ham

tai diém x, thi f'(x,)=0.

w Chiy:
o Daoham f (x) co thé’ béng 0 tai diém x, nhung ham sd f khong dat cuc tri tai diém x, .
o Ham s6 cd thé'dat cyec tri tai mot diém ma tai d6 ham s6 khong c6 dao ham.

Nhuw vay: Ham s6 chi cé thé’ dat cuc tri tai mot diém ma tai d6 dao ham ctia ham s& bang 0

hodc tai d6 ham s6 khong c6 dao ham.

I1IL. PIEU KIEN DU PE HAM SO CO CUC TRI

Y Dinh 17 2: Gia st ham s6 f lién tuc trén (a;b) chtta diém x, va c6 dao ham trén cac
khoang (a; xo) va (xo;b). Khi do:
o Né&u f'(x)>0 trén khoang (a;x,) va f'(x)<0 trén khoang (x,;b) thi x, la mot diém
cuc dai cia ham s6 f(x)

o Néu f'(z) <0 trénkhoang (a;x,)va f'(x)>0 trén khoang (x,;b) thi x, 1a mot diém

cuc tiéu ctia ham so f (x)

. Noi cach khic:

Néu f'(x) doi ddu tr &m sang duong khi = qua diém x, (theo chiéu ting) thi ham s§
dat cuec ti€u tai diém x,,.
Néu f'(x) d6i ddu tir dwong sang am khi x qua diém x, (theo chiéu ting) thi ham s&

dat cuee ti€u tai diém x,,.

Minh hoa bang bang bién thién

x a X, b x a X, b
f x) + - f x) - +
fCD
TN N,
Minh hoa bing d6 thi:

Gia st ham s6 f xac dinh trén mot khoang (u;b) chira diém c.
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y y;

(c. f(c)

flc)+————— flc)+————>

o . i e 1c)
| |
| |
| c !
c X C X

| A |
Ham s6 f dat cuc dai tai x=c. Ham s6 f dat cuc tiéu tai x =c.

IV. QUY TAC TIM CUC TRI CUA HAM SO
Y Quy tic 1:

Buéc 1. Tim tap xac dinh cua ham sé.
Budc 2. Tinh f’(x). Tim céc diém tai d6 f’(x) =0 hoac f’(x) khong xac dinh.
Budc 3. Lap bang bién thién.

Budc 4. Tkt bang bién thién suy ra cac di€ém cuec tri.

Y Quy tdc 2:

Buoc 1. Tim tap xac dinh cua ham sé.
Buéc 2. Tinh f’(x). Giai phuong trinh f’(x) va ky hiéu x, (z’ = 1,2,3,...) la cdc nghiém ctia no.
Budc 3. Tinh f"(x) va f"(x,) .

Buoc 4. Dya vao ddu cua f ”(xl.) suy ra tinh chat cyec tri cua diém x;.
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B. CAC DANG TOAN VE CUC TRI CUA HAM SO
1. TIM CUC TRI CUA CAC HAM SO
¥ Phwong phap:

Buéc 1. Tim tap xac dinh cua ham sd.
BuGc 2. Tinh f'(x). Tim céc diém tai d6 f'(x)=0 hodc f'(x) khong xac dinh.
Buoc 3. Lap bang bién thién.

Budc 4. T bang bién thién suy ra cac diém cyec tri.

PP T +b
w Nhan xét: Ham sO y = ax

y (a,c #0,ad —bc # O) khong c6 cuc tri, ham s luén déng bién
cx+

hodc ludn nghich bién trén ting khoang xac dinh ctia no.
MOT SO BAI TOAN MINH HOA

1. Tim cuc tri cia ham bac 3: y =ax’ +bx” +cx+d (a # O)

Bai todn 1: Tim cyec tri cia ham s6 y =2x° —6x+2.

Loi giai:
Tap xac dinh D =R.
Taco: y'=6x"-6.Cho y'=0<6x"-6=0< x==1.

Bang bién thién:

X | —o0 -1 1 +00
' + 0 - 0 +
6
y _OO/V \ i /y-i-oo

Vay ham so dat cyc dai tai x=-1,y =6 va ham s dat cuc tiéu tai x =1,y =-2.

Bdi todn 2: Tim cyc tri cia ham s8 y = —x° +3x” —4.

Loi giai:
Tap xac dinh D =R.

Ta cé: y'=-3x* +6x. Cho y’:0<:>—3x2+6x:0<:{x
x

Bang bién thién:

—00 0 2 +00

!

y — 0 +

y |7 \_4 /0\_00

Vay ham s& dat cyec tiéu tai x=0,y =—4 va ham s dat cuc dai tai x=2,y=0.
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Bai todn 3: Tim cyec tri cia ham s8 y = —x° +3x* - 3x+2.

Loi gidi:
Tap xac dinh D=R.
Tacéd: y' =-3x>+6x-3.Cho ' =0 3x* +6x-3=0=x=1.

Bang bién thién:

Vay ham s6 da cho khong c6 cuc tri.

Bai todn 4: Goi A, B 1a hai diém cuc tri ctia d6 thi ham sd y =2x° —3x* —12x+1. Tim toa d

A, B va phuong trinh duwong thang qua hai diém dé.

Loi giai:
Tap xac dinh D =R.
Tacd: y'=6x"-6x-12.Cho y'=0< zi;
Bang bién thién:
X | —o -1 2 +00
Y + 0 - 0 +

8 +00
y —oo/ \_19/
Suy ra toa d0 hai diém cuec tri la A(—1;8), B(Z; —19).

Vay phuong trinh duong thang AB 1a 9x+y+1=0.

Bai todn 5: Cho ham s6 y =x° —3x* c6 do thi (C ) Tim cac diém cuc dai, cuc tiéu ctia do thi

(C)va khoang céch gitra hai diém cyc trj do.

Loi giai:

Tap xac dinh D=R. Ta cé: y'=3x*-6x. Cho y’:0<:{x
X

Bang bién thién:

x | —o0 0 2 +00

!

y + 0 - 0 +

. - 0\_4 /+oo

Vay toa do hai diém cuc tri la A(~1;8),B(2i-19). Khi d6 AB=\(2-0) +(~4-0) =245.
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Bai todn 6: Viét phuong trinh duong thang di qua diém M(-1;1) va vudng gdc véi duong

thang di qua diém cuc tri ctia (C) cy=x"-6x"+9x-2.

Loi giai:
Tap xac dinh D=R.
X =
Tacéd: y'=3x*-12x+9. Cho y’:0<:>[
X =
Bang bién thién:
x | —o 1 3 +00

0 - 0 +

y _00/2\_2 /+oo

Vay toa d6 hai diém cuc tri la A(1;2), B(3; —2). Suy ra AB = (2; —4) la y=-2x+4.

Ta c6 phuong trinh duong thang d di qua M(-1;1) va vudng géc véi AB cé phuong trinh 1a
d:2x+y+1=0.

2. Tim cyec tri ctia ham trung phuwong: y = ax* +bx* +c (a#0)

Bai todn 1: Tim cyec tri cia ham s6 y = x* —2x% +2.

Loi gidi:
Tap xac dinh D=R.
Lo 3 ' 3 x=0
Tacod: y'=4x"-4x.Cho Y =0 4x" -4x=0< .
x=x=1
Bang bién thién:
x | —o0 -1 0 1 +0o0

y - 0 + 0 — 0 +

y +OO\H/'Z\H/'HO

Vay ham s6 dat cyc tiéu tai x=+1, y=1 vaham s0 dat cyc dai tai x=0, y=2.

4
N , N . \ N X
Bai todn 2: Tim cyce tri cia ham s y = Z—xz +2.

Loi giai:
Tap xac dinh D =R.
Tacé: y' =2x° —2x.
, ; x=0
Cho y¥=0=4x"-4x=0< .
x==1

Bang bién thién:
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x | —oo -1 0 1 +00

’ -0 4+ 0 - 0 4
+00 2 +00
N 3
Y .E/////' \\\\‘E_////v

A \ ~ - A? . 3 N N AN . .
Vay ham s0 dat cuc tieu tai x==1, y :E va ham so dat cuc daitai x=0, y=2.

Bai todn 3: Tim cyec tri cia ham s6 y = x* +3x% - 6.

Loi giai:
Tap xac dinh D =R.
Tacd: y' =4x"+6x.Cho ' =0 4x° +6x=0<x=0.
Bang bién thién:

x | —o 0 +00

!

Y — 0 +

y +w\_6 /v_oo

Vay ham s& dat cyc tiéu tai x=0, y=-6.

Bai todn 4: Tim cyec tri cia ham s8 y = —x* —5x° +2.

Loi giai:
Tap xac dinh D=R.
Tinh y'=—4x’-10x.Cho y'=0< —4x’-10x=0 < x =0.

Bang bién thién:

’

Yy + 0 -

y _w’//////*2~\\\\\\*_w

Vay ham s6 dat cyc dai tai x=0, y=2.

. N ” ax+b
3. Tim cyc tri ctla cacham s y =
cx+d
i . SN 2x-3
Bai todn 1: Tim cyc tri cia ham s6 y = .
x—2
Loi giai:

Téap xéc dinh D=R\{2}.

Taco: y' = =y >0VxeD

2

()
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Bang bién thién:

X | —oo 2 +00
Y - -
2 +0
—00 2
Vay ham s& da cho khong c6 cuc tri.
\a, 2 . . \ o —x—-2
Bai todn 2: Tim cyec tri cia ham s6 y = .
x+1
Loi gidi:

Téap xéc dinh D =R\ {-1}.

Taco: y'= > =Yy >0VxeD
(x+1)
Bang bién thién:
x | —oo
Yy

Vay ham s& da cho khong c6 cuc tri.

+00
1/

2
. . o 1s n ax“+bx+c
4. Tim cyc tri chahams6 y=——
dx+e
2
i . C X' —x+2
Bai todn 3: Tim cyc tri cila ham s6 y=———.
x+1
Loi giai:

Téap xac dinh D=R\{-1}.

Cho y’=0<:>x2+2x—3=0<:>[

-1

x=1
x=-3

+00

+

., X +2x-3
Ta co: y =—.
(x+1)
Bang bién thién:
x | —o0 -3
’ + 0
Y

LN

~+00

*w\l/v

Vay ham so dat cyc dai tai x=-3, y=-7 vadatcyctiéutai x=1, y=1.

Bdi toan 4: Tim cyc tri cila ham s y =

x> +2x-1

x+1
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Loi giai:
Téap xéc dinh D =R\ {-1}.
2 _ =1
Ta co: y’=Lx2+3. Cho y’=0<:>—x2—2x+3=0<:{x
(x+1) x=-3
Bang bién thién:
—00 -3 -1 1 +00
Yy - 0 + + 0 -
+0o0, +00 0
8 —00 —00
Vay ham s0 dat cuc tiéu tai x=-3, y=8 vadatcucdaitai x=1, y=0.
2 f— —
Bdi toan 5: Tim cyec tri cila ham s y = Lxg)l'f)
x_
Loi gidi:
Téap xac dinh D=R\{3}.
2 —
Tinh y':thﬂzy’>0 VxeD.
(x-3)
Bang bién thién:
x | —o 3 +00
y + +
+00 0
—00 —00
Vay ham s6 da cho khong c6 cuc tri.
5. Tim cuc tri ctia cac ham s6 khac.
2 —
Bdi toan 1: Tim cyc tri cila ham s6 y = w
2x"+x-3
Loi gidi:
Tap xac dinh D= R\{—%;l} .
Ta cé: y':Lﬁz; Cho y’=0<:>x=—l.
(2x2 +x—3) 2

Taco: limy=2; lim y=+oo; lim+y:—oo;limyz—oo;limy=+oo.

X—>Fo0 3) 3] x—>1" x—>1"
x— > =

Bang bién thién:
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R
X —o0 5 > 1 +00
Yy + + 0 - -
+00 1 +o0
2 —0 —o0 2

Vay ham s6 dat cyc dai tai xz—%, y =%.

Bai todn 2: Tim cyc tri cia ham s6 y =+x* —2x+5.

Loi giai:
Tap xac dinh D=R.
x—1
Vx* —=2x+5

Bang bién thién:

Taco: y' = .Cho y¥=0=x-1=0=x=1.

X | —o0 1 +00

!

y - 0 +
+00
2

Vay ham s0 dat cuc ti€u tai x=1, y=2.

Bai todn 3: Tim cyec tri cia ham s8 y =x ++/2x— x> .

Loi giai:
Téap xac dinh D =[O;2].
_ x-120
Ta c6: y':1+1—x.Cho y=02x-x =x-1< 2<:>x:1+£.
V2x—x* 2x—x" :(x—l)

Bang bién thién:

x |0 1+£ 2
2
y + 0 -
1+\/§
y / \ 2
0

Vay ham s6 dat cyc dai tai x=1+§, y:1+x/§.

Bdi todn 4: Tim cuc tri cia ham s6 y = |x|(x + 2) .

Loi giai:
Cach 1:
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Tap xac dinh D =R.
Ta co y=|x|(x+2)={x(x+2) khl.xZO.

—x(x+2) khi x <0
+Voi x>0: y'=2x+2>0.
+Véi x<0: y'=-2x-2;cho y=0<x=-1.
Pao ham y' khong xac dinh tai x=0.
Bang bién thién:

X | —oo -1 0 +00

y 0 - +

y _Oo/vl\o/m

Vay ham s6 dat cyc dai tai x=-1, y=1 va dat cuc tiéu tai x=0, y=0.
Cach 2:
Ham s6 c6 TXD =R. Ta co

!

2
yzx/x_z(x+2) =y =|%(x+2)+|x| =w (x=0).

Ta thdy v6i moi x#0, ddu cta y' chinh la d&u ctia tam thirc bac hai x* +x.

Nén ta cé bang bién thién ctia ham s nhu trén.

Két luan: ham s dat cuc dai tai x =-1, gia tri ceec dai twong ting la y (—1) =1; ham sO dat cuc tiéu

tai x=0, gia tri cyc tiéu twong ing 1a y(0)=0.

Bai todn 5: Tim cuc tri cia ham sd y = f(x) =2sin2x-3.

Loi giai:
Tap xac dinh D=R.

Ta c6: y'=4cos2x; y"=-8sin2x. Cho y':0<:>c052x:O<:>x:%+k%, (keZ).

4 T T . (7 -8 khi k=2n .
Khi d6 y"| —+k— |=-8sin| —+kx |= , voi nez.
4 2 2 8 khik=2n+1

Vay ham s6 dat cyc dai tai x:%+n7r, y:y(%+nﬂJ:—1.

Va ham so dat cuec tiéu tai x:%+(2n+1)7r, y:ZSin(s?ﬁJrhmj—B:—S.

Bai todn 6: Tim cuc tri cia ham s6 y = f(x) =x—sin2x+2.

Loi giai:
Tap xac dinh D =R.
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Ta co: y'=1-2cos2x; y"=4sin2x.

Cho y’:0<:>1—2cos2x:0<:>c052x=%<:>x:i%+k7z, (keZ).
+ Tinh y”(%+k7zj=4sin(%+k27zj=2\/§>O.

+Tinh y"(—%+kn} =4sin[—§+k2ﬂ] =243 <0.

V3

Vay ham s6 dat cyc dai tai x:—%+k7r, y=y[—%+kn}=—%+kﬁ+7+2.

V3

Va ham s0 dat cuc tiéu tai X:%-i-kﬂ, y=y(%+k7z}=%+k7z—7+2.

Bai todn 7: Tim cyc tri cia ham s8 y = f(x) =3-2cosx—cos2x.

Loi giai:
Tap xac dinh D =R.

Ta co: y' =2sinx+2sin2x; y"=2cosx+4cos2x.

Cho y'=0<:>251nx+25in2x=0<:>25inx(1+2cosx)=0

sinx=0 x=kr

IS = , \keZ).
COSX=—% xziz?ﬂ+k27z ( )

+ Tinh y"(kﬁ)=2cosk7z+4cosk27z=2cosk7z+4>0.

+ Tinh y”(i%+k27r} :2c052?ﬂ+4cos4?ﬂ :2(—%J+4(—%J =-3<0.

Vay ham so dat cuc dai tai x 212?7[+k27r, y= y(iz?”+k27rj :g.

Va ham s0 dat cuc tiéu tai x=kr, y=y(kﬂ)=3—2coskﬂ—cosk27r=2—2cosk7r.
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IL. TIM DIEU KIEN PE HAM SO CO CUC TRI THOA MAN PIEU KIEN CHO
TRUOC

g . N e o AX+D
Sau ddy la mot s6’dang todn thwong gdp cho cic ham so'pho bién nhat. Ham so" y =

khong cd cuec tri nén ta
cx+d

khong dé cdp trong phin nay.

1.HAM SO BAC 3: y=ax’+bx’ +cx+d (a=0).

1.1 SO PIEM CUC TRI CUA HAM SO BAC 3

Tacé: y'=3ax® +2bx +c = Ax* + Bx+C, A, = B* ~4AC =4(b2 —3ac)

Truong hop Két lugn
b* —3ac<0 Ham s6 khong ¢ cuc tri.
b* —3ac >0 Ham s6 ¢6 hai diém cuec tri.

Dai v6i truong hop ham bic ba c6 hai diém cwec tri, ta c6 bai todn tong qudt sau ddy:

1.2 BAI TOAN TONG QUAT :

Chohamsd y = f (x; m) =ax’ +bx* + cx +d. Tim tham s6 m d&€ ham s6 cé cuc dai, cuc tiéu tai
x,,x, thoa man diéu kién K cho trudc?

¥ Phuwong phap:

o Budc 1:
Tap xac dinh: D=R.
Pao ham: y' =3ax” +2bx+c= Ax* + Bx+C
o Buoc 2:
Ham s6 c6 cuec tri (hai cuc tri, hai cuc tri phan biét hay c6 cuc dai va cuc tiéu)
< Phuwong trinh y'=0 c6 hai nghiém phan biét

A=3a#0 a0 D
PN o = .
Ay'ZBZ—4AC:4b2—12ac>O b* —=3ac>0 et

o Budc 3: Goi x,x, la hai nghiém ctia phwong trinh y'=0. Khi do:

p_ 2
A 3a_

o Buoc 4: Bién doi diéu kién K vé dang tong S va tich P . Tt d6 giai ra tim dwoc m e D,.

o Buoc 5: Kétluan cac gia tri m théaman: m=D, N D,.
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1.3 MOT SO DANG TOAN TiM PIEU KIEN DE HAI CUC TRI CUA HAM SO THOA MAN
PIEU KIEN CHO TRUOC
Goi x,,x, la cac diém cuec tri cua ham s6; y,,y, la cac gia tri cuc tri ctia ham sd.

1.3.1 Diéu kié¢n dé’ham s6 c6 cuc tri cung ddu, trdi dau.

Truwong hop biéu kién
A, >0
Y
Cung duong 5$>0
. . A, >0 P>0
Cung dau ¢
P>0 Ay, >0
Cung am S$<0
P>0
) A, >0
Trai d&u !
P<0
X, <a<x,
1.3.2 Tim diéu kién dé' ham s6 cd hai diém cyc tri ©,x, thoa man: X, <x,<a
a<x <X,

o Haicuctri x,x, thbaman x, <a<x,
< (x,—a)(x,—a)<0e x.x,—a(x, +x,)+a’ <0
o Hai cuctri x,x, thbaman x, <x, <«
(xl—a)(xz—a)>0 xl.xz—a(x1+x2)+a2 >0
& &
X, +x, <20 X, +x, <2a
o Haicyctri x;,x, thbaman a<x, <x,

<3{(3(1—05)(x2—05)>O<:>{x1.x2 —0{(x1 +x2)+a2 >0
X, +x,>2a X, +x,>2a

Chit 1j: Phuong trinh bac 3 ¢6 3 nghiém 1ap thanh cap s6 cong khi ¢6 1 nghiém lax = 30 c63
a

nghiém 14p thanh cip sd nhan khi ¢6 1 nghiém la x = —i/% .

1.3.3 Tim diéu kién dé¢'hai ham s6'c6 hai cuc tri x,,x, ndm cing phia, khéc phia so véi mot
duong thing.
Cho 2 diém A(x;;y,), B(x,;y,) va duong thang A:ax+by+c=0.

o N&u (ax, +by, +c)(ax, +by,+c)<0 thi hai diém A, B nam vé hai phia so véi A.

o Néu (ax1 +by, + c)(ax2 +by, + c) >0 thi hai difm A, B ndm cuing phia so véi A.

1.3.4 Viét phuong trinh di qua cdc diém cuc tri
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Gia str ham s ¢ cuc tri, thye hién phép chia da thic y cho y' d€ cé: y(x) = p(x)y’(x) +Ax+B
Nhu vy, néu x, la diém cye tri ctaham s6 = y'(x,)=0 = y(x,)=Ax,+B.
Suy ra duong thang A:y, (x) = Ax + B la duong thang di qua tat ca cc diém cuc tri ctia (C ) .

Dai véi duong thang qua hai cuc tri cia ham s6 bac 3, ta ¢6 cong thuec:

2c 2b b —2A b y "y
y1(x)=(?c—gjx+d—9—z hay yl(x)=—x+d——c hoac yl(x)=9ay—yTy

Céch bAm mdy tinh tim ra duong thang di qua hai diém cuc tri :

ax’ +bx* +cx+d —(3ax2+2bx+c)(§+9ij"—">Ai+B:>y:Ax+B
a

. \ A A7 2 N 2 . s A2 . A7 _ZA
Goi k la hé s6" goc cuia dwong thang di qua cdc diém cwe dai, cuwee tiéu: |k = 9—x
a

Khodng cdch giita hai diém cwc tri cua do thi ham s’ bdc 3 la:

voi |e
a 9a

3 2
AB:\/4€+16€ :b 3ac

1.3.5 Tim diéu kién dé duong thing di qua cac diém cuc dai, cuc tiéu song song (vudng goc)
v6i duong thang d:y=px+q.
— Tim diéu kién d& ham s cé cuc dai, cuec tiéu.

— Viét phuong trinh duong thang di qua cac diém cuc dai, cuc tiéu.

- Giai diéu kién: k=p (hodc k= 1 ).
p

1.3.6 Tim diéu kién dé duong thang di qua cac diém cuc dai, cuc tiéu tao véi duong thing
d:y=px+q mot goc o .
— Tim diéu kién d& ham s6 co cuc dai, cuc tiéu.

— Viét phuwong trinh duong thang di qua cac diém cuc dai, cuc tiéu.

P

— Giai diéu kién:

= tana . (Ddc biét néu d = Ox, thi giai diéu kién: k| =tana)

1.3.7 Tim diéu kién dé d6 thi ham s6 c6 hai diém cuc tri A, B sao cho AIAB c6 dién tich S cho
truedce (v6i I 1a diém cho trude).

— Tim diéu kién d& ham s cé cuc dai, cuec tiéu.

— Viét phuong trinh duong thang A di qua cac diém cuc dai, cuc tidu.
1

— Giai diéu kién S, ,, = Ed(z; AB).AB=S.

1.3.8 Tim diéu kién d€ do6 thi ham s6 c6 hai di€ém cuc tri A, B d6i ximg qua dwong thang d cho
trudc.
— Tim diéu kién d& ham s6 co cuc dai, cuc tiéu.

— Viét phuong trinh duong thang A di qua cac diém cuc dai, cuc tidu.
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- Goi I'la trung diém cua AB.
— Giai diéu kién: {A Ld .
led

1.3.9 Tim diéu kién dé d6 thi ham s c6 hai diém cuc tri A, B cach déu dwong thing d cho trudc.

— Tim diéu kién d& ham s cé cuc dai, cuec tiéu.

— Giai diéu kién: d(A;d)=d(B;d)
1.3.10 Tim diéu kién dé d6 thi ham s6 c6 hai diém cuc tri A, B va khoang cach gitra hai di€ém A,
B 1a 16n nhat (nho nhat).

— Tim diéu kién d& ham s cé cuc dai, cuec tiéu.

— Tim toa do cac diém cuec tri A, B (c6 thé dung pt dwong thang qua hai diém cuc tri).

- Tinh AB. Dung phuong phép ham s dé€ tim GTLN (GTNN) cua AB.

1.4 MOT SO BAI TOAN MINH HOA

Badi todan 1:

Tim t4t ca tham s6 thuc m d€ hams6 y = (m + 2)x3 +3x* +mx—5 ¢ cuc dai, cuc tiéu.

Loi giai:
Tap xac dinh D =R.
Ta co: y' = 3(m+2)x2 +6x+m. Ham sO c6 cuc dai, cuc tiéu thi tredc hét m+2#0 < m=-2 (1)
Khi d6 y' 1a tam thite bac hai c6 A'=-3(m® +2m-3).
Ham s6 ¢ cue dai, cuce tiéu khi va chikhi A'>0 < m*+2m-3<0 & -3<m<1 (2)
Két hop véi (1) va (2) ta c6 nhiing gié trj cia m thoa man yéu cau bai toan la:

me(-3;-2)u(-2;1).

Bai todn 2: Tim céc gid tri cia m d€ ham s6 y = x° —2mx +4 khong c6 diém cuec tri.

Loi gidi:
Tap x4c dinh D=R. Ta cd: y'=3x* —2m.
Ham s6 khong c6 diém cuc tri khi phuwong trinh y' =0 v nghiém hodc c6 nghiém kép

<:>x2:2?m£0<:>m£0.

Bai todn 3: Cho ham s8 y = x° —3mx” + (m2 — 1)x +2, m la tham s thye. Tim tat ca céc gid tri

cua m dé ham sO da cho dat cuc tiéu tai x=2.

Loi giai:
Tap xac dinh D =R.
Taco: y' =3x" —6bmx+m’ —1; y" =6x—6m.

m=1.

: '2)=0 2_12m+11=0
Ham s6 da cho dat cuc tiéu taix=2:>{y( ) @{m m o

y'(2)>0  [12-6m>0
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Badi toan 4:

Tim céc gid tri cia m d€ ham s6 y = —x° +(m+3)x2 —(m2 +2m)x—2 dat cuec dai tai x=2.

Loi giai:
Tap xac dinh D =R.
y'=—3x2+2(m+3)x—(m2+2m);y”=—6x+2(m+3).
"(2) = _ 2 _
Héms@'déchodatcucdaitaix=2:>{y() 0@{ 12+4(m+3) m-=2m=0
y'(2)<0 " |-12+2m+6<0

m*—2m=0 m=0
= = )
m<3 m=2

Bai todn 5: Tim tét ca cac gia tri cia tham s8 m dé€ ham sd y = x° —3mx’ +(m* - 1)x +2 dat cuc

Kétluan: Gidtri m cantimla m=0, m=2.

tiéu tai x=2.

Loi gidi:
Tap xac dinh D=R.

Tacd: y'=3x"-6mx+m*-1; y" =6x—6m.

y'(2)=0  [m*-12m+11=0 m=1 (1)
Ham s6 da cho dat cuc tiéu tai x =2 < o el m=11 ()
"(2)>0  |12-6m>0 )
m<

Vay m=1 la gia tri can tim.

Bdi todn 6: Biét M(O;Z), N(Z;—Z) 1 cac di€m cyc tri ctia d6 thi ham s8 y = ax’ +bx* +cx +d.

Tinh gia tri chia ham s6 tai x=-2.

Loi giai:
Ta cé: y' =3ax” +2bx+c.

) ( —Z)Ia cac diém cuec tri ciia d6 thi ham so nén:

Vi M
0 :2 =
y(0) @{d 2

(0;
v(0)=0 (1) va ()
y'(2)=0 "~ [12a+4b+c=0 y(2)=-2 ~ (8a+4b+2c+d=-2

Twr (1) va (2) suyraza=1; b=-3; c=0; d=2=y=x’-3x"+2 = y(-2)=-18.

Bdi todn 7: Tim tat ca cac gia tri ctia tham s& m d€ham s6 y=x’ —2x* +(m—3)x+5 dat cuc tri

tai x,, x, thoa man x> +x; =4.

Loi giai:
y'=3x"-4x+m-3. Cho y'=0<3x*—4x+m-3=0 (1)
Ham s6 da cho cé cuc tri khi va chi khi (1) c6 hai nghiém phan biét:
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A’=4—3(m—3)>0<:>m<%.

Khi d6 ham s6 c6 cuc tri x,, x, langhiém phwong trinh (1) .

Theo Viet, ta c6 x7 +x. :(x1 +x2)2 —2x,x, :E_Z.m_—BZE_2m—6 _34-6m )
9 3 9 3 9

34—6m

Yéu cau bai toan tuwong duong voi: 4o m= —% (nhan).

N e 7 \ ~ 1 N n 2 .7 . 2 ~? AV . \ ~ /4
Bai todn 8: Cho ham s6 y = gx?’ —mx* —x+m+1. Tim t4t ca gid tri cia m d€ do thi ham s6 c6

2 diém cuec tri la A(xA;yA),B(xB;yB) thoa man x> +x; =2.

Loi giai:
Taco y' = x*=2mx—-1.
D6 thi ham s6 c¢d 2 diém cuec tri la A(xA;yA), B(xB;yB) khi va chi khi phuwong trinh y' =0, hay
x?—2mx—-1=0 (1) c6 hai nghiém phén biét x,,x, < m*+1>0 (ludn ding).

Yéu cau bai todn twong dwong x3 +x; =2 < (x,, +xB)2 —2x,.X, :2<::>(—2m)2 +2=2<m=0.

Bdi todn 9: Cho ham s8 y =x° —3x* —=3mx +1, trong d6 m la tham s8. Tim céc gia tri cia m dé

ham s6 dat cuec tri tai x,,x, théa man x, =3x,.

Loi giai:
y' =3x>—6x—3m.
Ham s6 c6 cuc tri < y' =0 c6 hai nghiém phéan biét <> 3x* —6x-3m =0 (1) c6 2 nghiém phan
biét @ A'>0<m>-1.
Theo Viet ta c6 x, +x, =2 va gia thuyét x, =3x,.

Tim duoc x, = 1 . Thay vao phuong trinh y'=0, tim dwoc m = —% (nhan).

Bdi todn 10: Tim m d€ ham s8 y = —x° +3x*+3(m* —1)x—3m* —1 ¢ hai diém cuc tri x, va x,

dong thoi |x, —x,[=2.

Loi giai:
y' =-3x"+6x+3(m* 1)
+ Ham s6 c6 hai diém cuec tri khi ' =0 c6 hai nghiém phan biét <> A'=9m* > 0<> m = 0.
+|x1 —x2| = 2<:>(x1 +x2)2 —4xx, =4.
Trong d6: x, +x,=2; x,x, =1-m".
Nén |x1 —x2|=2<:> 1-m*=0om=+1 (nhan)

Vay m=+1.
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N . PO ~ 2 2 e .
Bai todn 11: Tim m dé ham so y:§x3—mx2 —2(3m2—1)x+§ c6 hai diém cuc tri x,, x, sao

cho x,x, +2(x1+x2)=1.

Loi gidi:
y' =2x" —2mx—2(3m2 —1)=2(x2 —mx —3m? +1),
t(x)=x2 —mx—3m?*+1 la tam thitc bac hai c6 A=13m>-4.

Do d6 ham s6 ¢ hai diém cyec trj khi va chi khi y' c6 hai nghiém phén biét < t(x) c6 hai

213
m>——-

nghiém phan biét < A>0 < 13 (1)

_ 213
13

\ 7 « A 2 A . ’ .« 7 3 xl + xZ =m
x,, x, la cdc nghiém cua t(x) nén theo dinh ly Vi-ét, ta c6

_ 2 1"
x,x, ==3m"+1

0
Do d6 x,x,+2(x,+x,)=1 & Bm*+2m+1=1 & Bm*+2m=0 < 2.
3

s . SOA - A ~N 2 2 2 ~ A A ANE) 14
So véi diéu kién (1) , ta thay chi m = 3 thoa man yéu cau bai todn.

Bai todn 12: Tim m dé ham sd y=-x+3x* + ?)(m2 - 1)x —3m* -1 cb cuc dai, cuc tiéu va cac

diém cuc tri cua do6 thi ham sd cach déu gdc toa do O.

Loi gidi:
Tinh y'=-3x7 +6x+3(m2 —1) = —3(x2 —2x-m’ +1) :
t(x) =x?—2x—m*+1 la tam thirc bac hai cé A’ =m?.
Do d6: y ¢6 cuc dai, cuc tifu < y' c6 hai nghiém phan biét
= t(x) c6 hai nghiém phan biét< A'>0 < m=0 (1)
Khi d6 y' c6 cacnghiémla x=1+m
= Toa d0 cac diém cuc tri ctia d6 thi ham so 1a A(l —m; =2 —2m3) va B(1+ m;—2 +2m3) )
O—Az(l—m;—2—2m3) = 0A? =(1—m)2 +4(1+m3)2.
OB =(1+m;-2+2m*) = OB =(1+m) +4(1-m’) .
A va B cach déu goc toa dd khi va chi khi:
OA=0B & OA*=0B* & (1-m) +4(1+m*) =(1+m)’ +4(1-m*)

m=0
< —4dm+16m’ =0 <

m:il'
2
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s . SOA - A ~N 2 ]- 2 ~ A A N . 14
So véi diéu kién (1) , ta thay chi m = iE théa man yéu cau bai toan.

Bai todn 13: Tim m d€ d6 thi cia ham s y =—x’ +3mx+1 c6 2 diém cyc tri A, B sao cho tam

giac OABvuodng tai O (v6i O la goc toa do ).

Loi giai:
Tinh y' = -3x* +3m =—3(x2 —m).Cho y' =0 x> —m=0 (1)
D6 thi ham s6 6 2 diém cuc tri < Phuong trinh (1) c6 2 nghiém phén bigt< m > 0.

Khi d6 2 diém cue tri 1 A(—\/Zﬂ—z;w%) ) B(\/E;1+2m\/Z).

AOAB vuong tai O < OAOB=0 <:>4m3+m—1:O<:>m:% (nhan).
1
Vay m=—.
Yy 2

Bai todn 14: Cho ham s6 y = x° —=3mx +1 (1). Cho A(Z; 3), tim m dé€ d6 thi ham s6 (1) c6 hai

diém cuc tri B va C sao cho tam giac ABC can tai A.

Loi giai:
Ta cé y'=3x> —3m. Ham s6 c6 hai diém cyc tri khi va chi khi m >0.
x=+m
x=—m

D6 thi ham s6 c¢6 hai diém cuec tri B(\/E; —2m~Im + 1), C(—\/Z;Zm\/a+l) .
Suy ra BC = (—2@; 4m\/a)

Goi M 1a trung diém cua BC thi M(0;1), nén AM = (-2;-2).
Vay tam gidc ABC la tam gidc can khi va chi khi

yY=0&

AM L BC & AM.BC =0 (-2).(~23m )+ (-2).(4msfim | =0 < 1 =

khoang cach tir diém cuc dai ctia @6 thi ham s8 dén O bing +2 Ian khoang cach tir diém cyc

tiéu cta d6 thi ham sd dén O (O 1la goc toa do).

Loi giai:
Ta co y'=3x> —6mx+3(m* —1)
Déham s6 ¢é cuc tri thi PT ' =0 c6 2 nghiém phéan biét
& x* =2mx+m? —1=0 c6 2 nghiém phan biét<> A=1>0,Vm

Cuc dai cuia d6 thi ham so 1a A(m -1;2 —2m) va cuc tiéu ctia d6 thi ham s6 1a B(m +1; —2—2m)

m=—3+2\/§

m=-3-22

Theo gi thiét ta c6 OA =+20B < m’ +6m+1=0<
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Vay c6 hai gia tri caa m la m=-3-232 va m=-3+22.

Bai todn 16: Cho ham s8 y = %x3 —mx* +(2m —1)x +2. Tim céc gia trj ctia tham s& m dé do thi

cta ham s6 c6 hai diém cuc tri ndm khac phia so voéi truc tung.

Loi giai:
Tacd y'=x*-2mx+2m-1

Ham s6 ¢6 hai diém cuc tri nam vé hai phia ctia truc tung

< y'=0 cb hai nghiém trai dau <:>2m—1<0<:>m<%.

Bai todn 17: Tim m d€ d6 thi ham s8 y = x° —3mx® +3m’ ¢6 hai di€ém cuc tri A va B sao cho

tam gidc OAB c6 dién tich bang 48.

Loi giai:
Tac6 y' =3x" —6mx=3x(x—2m), y'=0 < =0 .
’ x=2m
D06 thi ham s6 c6 hai diém cuec tri khi va chi khi 2m#0 < m=0. (1)

Khi d6, cac diém cuec tri ctia d6 thi ham s6 1a A(O;3m3), B(zm; —m3) .

Tacé:O—A=(0;3m3):>OA=3‘m3‘. (2)

Ta thay AeOy:>OAEOy:d(B,OA)zd(B,Oy)=2|m|. (3)
X \ 1

Twr (2) va (3) suyra S, :E.OA.d(B,OA) =3m*.

Do d6 S, =48 < 3m"' =48 < m=+2 thoaman (1).

Vay m=+2.

Bdi todn 18: Cho ham s8 y =x° —3x* (C). Tim m d€ duong thing di qua 2 diém cuc trj cua

d6 thi (C) tao v6i duong thang A:x+my+3=0 mot gbc a biét cosa :% .

Loi gidi:
Tap xac dinh D =R.
Ta cé: y'=3x"—6x. Cho y’=0<:{x:
X =
Bang bién thién:
—00 0 2 +00
Y + 0o - 0 +

y B / 0\_4 /+w

Vay toa do diém cuc dai cta (C) la (O ;O) va toa do diém cuc tifu 1a (2;-4).
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Puong thing di qua hai diém cuc dai va cuc tiéu la A, :2x+y=0=VIPT m = (2;1)
DPuong thang da cho A:x+my+3=0 c6 VTPT 1 = (1;m)

NS m+2
Yéu cau bai toan < cos(A; Al) = ‘COS(T’ll}T’lZ)

_ _4
5

B \/g.\/mz +1 -

o 25(1712 +4m+4)=5.16.(m2 +1)
m=2
S 11m* -20m-4=0 < 2.
m=——
11

Bai todn 19: Xac dinh toa d cdc diém cuec trj va viét phuong trinh dwong thang di qua cac

diém cuyec tri cua d6 thi ham s8 y =x° - 3x* —6x+8 (C)

Loi gidi:
Cach1
Tap xac dinh D =R.
Tacé: y'=3x" —6x—6=3(x*~2x-2). Cho y' =0 > x=1%+/3.
Bang bién thién:
—0 1—\/5 1+\/§ +00

y + 0 - 0 +

63 +00
’ w0 / \—6\@ /

Vay toa do diém cuc dai ctia (C) la (1—x/§; 6\/5) va toa d0 diém cuec tiéu la (1+\/§; —6x/§).

Suy ra, phuwong trinh duong thang di qua hai diém cuc tri ctia d6 thi ham s61a y = —6x+6.
Cich 2

Tac y'=3x" ~6x—6=3(x" —2x-2).

Vi t(x) =x*-2x-2 c6 A'=3>0 nén t(x) c6 hai nghiém phan biét, suy ra y’ c6 hai nghiém
phén biét. Do dé (C) c6 hai diém cuec tri cua (C) 1a M(xl;yl) va N(xz;yz).

Thyc hién phép chia y cho ¢(x) ta duwoc y =(x+1)t(x)—-6x+6.

Ta co y(xl) =—6x,+6 va y(xz) =—6x,+6 (do t(xl) = t(xz) =0).

Vay phuong trinh duong thang di qua hai diém cuc tri ctia 6 thi ham s&1a y=—6x+6.

Bai todn 20: Viét phuong trinh duong thang di qua hai diém cuec tri ctia @6 thi ham s&

y=—x3+3mx2+3(1—m2)x+m3—m2.

Loi giai:
Ta co y'=-3x +6mx+3(1—rr12)=—3(x2 —2mx +m’ —1).
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Tam thirc bac hai #(x)=x* —2mx+m* -1 ¢6 A'=1>0 nén #(x) c6 hai nghiém phén biét va doi
ddu lién tiép khi x di qua hai nghiém nay. Do d6 ham da cho ¢é cuc dai, cuc tiéu.

Thyc hién phép chia y cho t(x) tacéd y=(m—x)t(x)+2x—m* +m. Gid st x, 1a diém cuc trj
nao dé ctia ham sd, ta co:

y(x,)=(m—x,)t(x,)+2x, —m* +m=2x,—m* +m (do t(x,)=0).

Vay phuong trinh duong thang di qua cac diém cuc tri ctia &6 thi ham s6 1a y =2x—m’ +m.

Bai todn 21: Goi d 1a phuong trinh dueong thang di qua cac diém cuec tri ctia @6 thi ham s&

y=x"-3x"—mx+2 (1)V(’yi m la tham s6 thuc. Tim m d€ d cung v6i hai truc toa do tao thanh

mot tam gidc can.

Loi giai:
Tacd y' =3x"—6x—m.
Ham s8 ¢6 cuee tri khi va chi khi ' =0 c¢6 hai nghiém phéan biét < A'=9+3m>0< m>-3.

Chia y cho y' ta duogc

1 2m m
=x"-3x" —mx+2==(x-1)y'+| —— -2 |[x+2——.
Y 3y ( 3 j 3

Vay phuong trinh d:y:(—sz—ij+2—%.

Puong théng d cit Ox va Oy lan luwot tai A m=6 ;0|,B 0;6—_m .
2m+6 3
iy A Co i m-6| |6-m| 3
Suy ra tam giac OAB can khi va chi khi OA =0B= = =S>m=6vm=——vm=——
2m+6| | 3 | 2

Véi m=6 thi A=B=0 vaso vdi diéu kién ta nhan m:—g.

Bai todn 22: Goi d 1a phuong trinh duong thang di qua cac diém cuc tri ctia d6 thi ham s&
y=x"=3x"—mx+2 (1)v6i m la tham s3 thuc. Tim m d€ d song song voi duong thing

A:y=—4x+3.

Loi giai:
Tacd y' =3x"—6x—m.
Ham s8 ¢6 cuee tri khi va chi khi ' =0 c¢6 hai nghiém phéan biét < A'=9+3m>0< m>-3.

Chia y cho y' ta duoc

1 2m m
=x>-3x" —mx+2=—(x-1)y' +| -—— -2 [x+2——.
Y S(=1)y ( 3 j 3

Vay phuong trinh d:y:(—sz—ij+2—%.
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2m

- —+2j:—4
Do d song song véi duong thang A:y =-4x+3 nén [ 3 oSm=3.
m
2——#3

Vay m=3.

Bai todn 23: Choham s y =x° —3(m +1)x2 +9x+m-2 (1) v6i m 1a tham so thuwc. Tim m d€

\ A 7 A . \ - A N Ao ’ \ % 1
ham s6 c6 diém cyee dai va diém cuye tiéu doi xiing nhau qua dwong thang A:y = 5%

Loi giai:
Taco y'=3x"—6(m+1)x+9.
Ham s6 ¢6 cyec tri khi va chi khi y'=0 ¢é hai nghiém phéan biét:

m<—1—\/§

SA=9m*+18m-18>0< )
m>—1+\/§

Chia y cho y' ta duoc: y:x3—3(m+1)x2+9x+m—2:(%x—m+1

]y’—2(m2+2m—2)x+4m+1

Gia st cac diém cue dai va cuec tiéu la A(x1 Y, ), B(x2 ; yz) va I la trung diém ctia AB.
=, =—2(m2 +2m—2)x1 +4m+1; y, = —2(1712 +2m—2)x2 +4m+1.

Va x, +x,=2m+2; x,.x, =3.

Vay duong thang di qua hai diém cuc dai va cuc tiéula y = —Z(m2 +2m— 2)x +4m+1.

Ao 7 1 ABJ_A
A, B d6i xttng nhau qua A:y:5x<:> TeA < m=1.
€

Vay m=1.
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2. HAM TRUNG PHUONG : y = ax* +bx” +¢ (a#0)
2.1 SO PIEM CUC TRi CUA HAM SO PHUONG

a<0 , ] cuc tri
Ham s6 c6 mot cuc tiéu va hai cue dai

x=0
Taco: y' =4ax’ +2bx; y'=0=| p
X =——
2a
Truwong hop Két luan
a > O N ~N 14 4 A . \ . \ - A?
S Ham s0 cé diing mot cure tri va cuec tri la cyee tieu .
b=0 Ham s0 c6 mot
ab>0 .
a<0 , cuc tri
b<0 Ham s6 c6 diing mot cuc tri va cuc tri la cuee dai
a > 0 \ ~ 7 . .- A? \ A .
Ham s0 ¢6 hai cuc tiéu va mot cuc dai ’
b<0 Ham s& c6 ba
ab<0 {

2.2 MOT SO CONG THUC VE BA PIEM CUC TRI CUA HAM TRUNG PHUONG

Gia st ham s0 y =ax* +bx* +¢ (C) (ab < O) cb 3 cuec tri:

A0;0)B| - -2 A o] =2 A 6i A=b? —4ac tao thanh AABC.
2a  4a 2a  4a

Pit ¢ = BAC
VA
A
/A _
O| X
B Nc

Nhin xét: AABC can tai A, hai diém B va C d6i xttng nhau qua truc Oy.

Khi do ta co thém cdc két quad sau:

4 4
= Po dai canh: AB:AC:\/b— b _ b —8ab va BC=2‘/—2£.
a

164> 2a 4|a|
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Goc va tinh chat ctia tam giac:
Theo dinh ly ham s cosin: BC* =2AB* ~2AB’ cos ¢ = 2AB* (1-cos ¢) . Tt d6 ta co:

cos = b* +8a
b’ -8a
Dac biét:
3
o AABC déu thi ¢ =60° va khi do: = cos¢)=%= ZS +:a &b’ =-24a
—8a

o AABC vudng can tai A thi: 9=90° = cosp=0< b’ =-8a

AABC c6 trong tam G(O;c —?J
a

1 b? b

Dién tich AABC: S = .
‘ ABC g |a| 2a

That vay: Néu goi H 1a giao diém ctia BC vdi truc Oy thi ta dé thay diém H c6 toa d6 la:

2
H 0;—A . Do d¢: SAABC:lBC.AHzl.Z. —i.c A:lb_ —i
4a 2 2 2a" 4a| 4o\ 2a
.y X X n b’-8a . .. .
* Ban kinh dwong tron ngoai tiép AABC: R=W.That vay:
a
b* —8ab ’ b
Ro ABBC.CA _ AB*.CA _ 162> 2a _ b® —8a
48 4S b2 b 8la|b
|a|' 2a

Tt d6 ching ta c6 thé tim dwoc toa do tam I ctia duong tron ngoai tiép AABC .

Toa d6 tam I ciia duong tron ngoai tiép AABC: [ (O;%+%_8Aj .
a

Truc hoanh chia AABC thanh hai phan c6 dién tich bang nhau b* = 42 |ac|

AABC ¢6 diém cuc tri cach déu truc hoanh b* =8ac

AABC ¢6 3 gbc nhon b(8a+b3) >0

D6 thi ham s6 (C ) cit truc Ox tai 4 diém phan biét 1ap thanh cap sd cong b* = %ac

Dinh tham s§ d& hinh phang gi¢i han boi do thi (C) va truc hoanh c6 dién tich phén trén

va phan dudi bang nhau b* = %ac.
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* Phuong trinh duong tron ngoai ti€p AABC la: x* +v° - (% _4A + cj y+c (% _fj -0
a a

2.3 MOT SO BAI TOAN MINH HOA

Bai todn 1: Cho ham s6 y = x* + mx* —m—5c6 do thi la (Cm), m 13 tham s6 thuee. X4c dinh m

dé€ do thi (Cm) ctia ham s6 da cho cé ba diém cuec tri.

Loi giai:
Tap xac dinh D=R.
x=0
Tacd: y'=4x"+2mx, y' =0 4x° +2mx =0 & 2x2x° +m)=0<| | g lim
2

PE (C,) c63 cuc tri thi ~ >0 m <0. Vay m<0thoa YCBT.

Bdi todn 2: Cho ham s8 y = mx* +(m—1)x* +1-2m . Tim tét ca céc gié trj cia m d&€ham s6 c6

3 diém cuec tri.

Loi giai:
Tap xac dinh D=R.
Ta co :y:mx4+(m—1)x2+1—2m,y':4mx3+2(m—1)x
y'=0e x(4me +2m-2) =0 | ) (1)
dmx” +2m—-2=0
Ham s6 ¢6 3 diém cuc tri hay phuwong trinh y'=0 c6 3 nghiém phan biét.

Vay (I) c6 2 nghiém phan biét khac 0 hay 0<m<1.

Bai todn 3: Tim m d&€ ham s6 y=mx" + (m2 —9)9(2 +10 cb 3 diém cuec tri.

Loi gidi:
Tap xac dinh D=R.

Dé ham s6 c6 ba diém cuec tri thi tredc hét ham s phai la ham bac 4, técla m 0.

2m
|y —

t(x)

m* -9
Ta cé: y’=4mx3+2(m2—9)x=4mx x*+ :

Ham s6 c6 3 diém cuc tri khi va chi khi
m* -9

2m

y'=0 c6 3 nghiém phan biét < t(x) =0 c6 2 nghiém phan biét khac 0 < <0

= m(mz—9)<0<:{0<m<3
m< -3

Tong hop cdc chuyén dé luyén thi dai hoc Trang 96



Bién soan: Bui Trin Duy Tudn https://facebook.com/duytuan.qna

Bdi todn 4: Cho ham s8 y =mx* +(2m+1)x* +1. Tim tat ca cac gia trj ciia m d€ ham s& chi c6

mot diém cuec tiéu.

Tap xac dinh D=R.

Taco y' =4mx’ +2(2m+1)x.

o an Cx aem o 1y ]a>0  jm>0 . .

Ham s6 da cho ¢6 1 diém cuec tiéu khi & < m>0.Vay m>0thoa YCBT.
b=0 2m+1>0

N . 7 N A? \ ~ 3 2 7 .« A? \ A 14 .
Bai todn 5: Tim m dé€ham sd y = (m +1)x4 —mx* +E chi ¢6 cuc tiéu ma khong co cyc dai.

Loi gidi:
Tap xac dinh D=R.
Ta xét hai trerong hop sau day:

TH1: m+1=0 < m=-1.
Khi d6 y=x* +% = ham s0 chi cé cuec tiéu (x=0) ma khong c6 cuce dai

= m=-1 théa man yéu cau bai toan.
TH2: m+1#0 < m#-1.
Khi d6 ham s6 da cho la ham bac 4 ¢6 y'=4(m+1)x> —2mx.

. N n . N , ... la>0 m+1>0
Ham s0 chi c6 cue tiéu ma khong co6 cuc dai khi b>0<:> >0 & -1<m<0.
> -mz

Két hop nhitng gia tri m tim duoc, tacé —-1<m<0.

N e 7 N LY 2 7 .7 . ? ~ A~? \ ~ 1 . .
Bai todn 6: Tim tat ca cac gid tri cia tham s6 m dé ham s y = Z(m —1)x4 dat cuc dai tai x=0

Loi giai:
Tap xac dinh D =R.
Tac6: y' =(m—1)x°.
+) m=1= Ham s khoéng c6 cuc tri
+) m<1 ta c6 bang bién thién:
X | —oo 0 +00
Y + 0 -

y _OO/'O\_OO

= Ham s6 dat cuc dai tai x=0

+) m>1 ta c6 bang bién thién:
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= Ham s6 dat cuc tiéu tai x=0.
Vay m <1thoa YCBT.

Badi todn 7: Tim m d€ ham s6 y:x4—2(m+1)x2—2m—1 dat cuc dai tai x=1.

Loi giai:
Tap xac dinh D =R.
Taco y' =4x’ —4(m+1)x.
+ D& ham sd dat cuc dai tai x =1 can y’(1)=0<:>4—4(m+1)=0<:>m=0
+Voi m=0:>y’=4x3—4x:>y'(1)=0.
+ Laico y"=12x° -4 =y"(1)=8>0.
= Ham s dat cyc tiéu tai x=1= m =0 khong thoa man.

Vay khong c6 gia tri nao cua m déham sd dat cec dai tai x=1.

Bai todn 8: Tim m d€ham s6 y=x*—(m—1)x* +1 dat cuc tiéu tai x=-1.

Loi giai:
Tap xac dinh D =R.
Tacéd: y'=4x° -2(m—-1)x
D& ham s6 dat cuc dai tai x=-1 thi y'(—l) =0om=3
Vé6i m=3 thi y"(-1)=8>0.
Vay m =3 thoéa YCBT.

Bai todn 9: Cho ham s& y = x* —Z(m + 1)x2 +m. Tim m d€& d6 thi ham s& cd ba diém cuc tri A,

B, C sao cho OA =BC; trong d6 O 1a goc toa do, A la diém cuec tri thudc truc tung, B va C

la hai diém cyec tri con lai.

Loi giai:
Tap xac dinh D=R.
Taco y' =4x" —4(m+1)x :4x[x2 —(m+1)].
tx)
Ham s6 c6 3 diém cuc tri khi va chi khi y' ¢ 3 nghiém phan biét
= t(x) c6 2 nghiém phan biét khac 0

o m+l1>0 @ m>-1. (*)
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x=0 A(0;m)
Khi d6, tacé: ' =0 < {x=—Jm+1= B( +1;-m’ —m— 1)

x=~Nm+l C 1m ml)

(vai tro ctia B, C trong bai toan la nhw nhau nén cé thé gia sw

B(m;—mz—m—l), C(_m;—mz—m—l),
; Eé:(zm;o) — BC=2Jm+1.

Ta co ﬁ:(o;m) :>OA=|m

Do do
OA=BC & [m|=2m+1 & m* ~4m-4=0 (A'=8) <> m=2%+/8 (thoa man (*)).

Vay m=2++/8 thoa YCBT.

Bai todn 10: Tim m d€ d6 thi ham s6 y = x* —Z(m +1)x2 +m* c6 ba diém cuec tri tao thanh ba

dinh ctia mot tam gidc vuong.

Loi giai:
Tap xac dinh D =R.
Tacé y'=4x° —4(m+1)x=4x[x2 —(m+1)]

D6 thi ham s6 cé 3 diém cuc tri khi va chi khi
y' ¢6 3 nghiém phan biét < t(x) c6 2 nghiém phan biét khac 0 © m+1>0 < m>-1 (*)

x=0
Khido, tacd: y'=0 & Jx=—Vm+1.
x=m+1

Suy ra cac diém cuc tri cua d6 thi ham sd 1a A(O;mz), B(—m; —2m —1), C(m; —2m —1)
Ta thdy AeOy, B va C ddi xiing nhau qua Oy nén tam giac ABC can tai A. Do d6 tam giac
chi c6 thé vuong tai A.

Tacs AB=(~m+1;~(m+1)'), AC = (Nm+T;~(m+1)') = ABAC = (m+1)" ~(m-+1).

Tam gidc ABC vuong khi va chi khi

ABAC=0 & (m+1)' ~(m+1)=0 < (m+1)[(m+1)3—1}=0

+1=0 =-1
o |" o | "7, kéthop véi dieu kién (*) ta co m=0.
m+1=1 m=0

Bai todn 11: Tim m d€ d6 thi ham s& y =mx* —4x*+1 ¢ ba di€m cyc tri 1a cdc dinh cia mot

tam gidc vuong can.

Loi gidi:
Tap xac dinh D =R.
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Ta cé: y' =4mx’ —8x.

Cho y'=0 < x(4mx* —8)=0 ham s8 ¢6 3 cyc tri < m>0.

Khi d6 ba diém cuc tri 1a A(0;1),3(\E;1—i},c[—\ﬁ;1—ij.
m m m m

Goi I 1a trung diém cua BC.

AABC vuong can tai A nén BC=2JA < 2\/7 ‘—‘@ m=8§8.

Vay m =8thoa YCBT.

tri la cac dinh ctia mot tam giac vudng can.

Bai todn 12: Tim m d€ d6 thi ham s8 y = f(x)=x*+2(m—2)x* +m’

—5m+5 cb ba diém cuc

Loi giai:
Tap xac dinh D =R.
, x=0
Ta c6: y' =4x° +4(m—2)x. Cho y’:0<:>[ ,
X" =2-m

Ham s6 ¢4 3 cuc tri<s y' =0 ¢6 3 nghiém phan biét < m<2.

Khi d6 ba diém cuec tri 1a A(O;m2 —5m+5),B(\/2—m;l—m),C(—\/Z—m;l—m).

:@:(ﬂ;—mz+4m—4),zé:(—ﬂ;—m2+4m—4)
AABC vubong can tai A va AB=AC.

= AB.AC=0o(m-2) =-1om=1 ().

Vay m=1thoéa YCBT.

tri la cac dinh cua mot tam giac déu.

Bai todn 13: Tim m d€ d6 thi ham s6 y = f(x)=x*+2(m—2)x* +m’ —5m+5 c6 ba diém cuc

Loi gidi:
Tap xac dinh D=R.
4 ’ 3 ! XZO
Taco: y'=4x’ +4(m—-2)x. Cho y'=0<| ",
xX°=2-m

Ham s6 ¢6 3 cuc tri<< y'=0 c6 3 nghiém phan biét < m<2.

Khi d6 ba diém cuc tri 1a A(0;m? —5m+5),B(x/Z—m;l—m),C(—x/Z—m;l—m).

:@:(\/Z—m;—mz+4m—4),Xé:(—\/2—m;—m2+4m—4)
Do AABC lubncantai A vi AB=AC.

Nén AABC déu khi cos A = cos60° =

AB.AC 1
S ABAC 2™ V3 (n).

Vay m=2-3/3 théa YCBT.
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Bai todn 14: Tim m d€ d6 thi ham s6 y = f(x) =x*+2mx*+m* +m cb ba diém cuec tri 1a cac

dinh ctia mot tam gidc c6 mot goc bang 120°.

Loi giai:
Tap xac dinh D=R.
x=0

x2=-m

Ta cé: y'=4x° +4mx . Cho y’:Oc{
Ham s6 ¢6 3 cuc tri<< y'=0 ¢6 3 nghiém phén biét < m <0.
Khi d6 ba diém cuc tri 1a A(O; m* + m), B(\/—m;m),C(—\/—m;m) )

:@:(m;—mz),ﬁz(—@;—mz)

Do AABC lubncantai A vi AB=AC.

Nén suy ra cos A = cos120° = —%

AB.AC 1 —~-m~A—m+m* 1 m+m* 1 .

= = s m =—— & =——S3m+m=0
AB.AC 2 m —m 2 m —m
m=0 (l)

=

1 .
m=——=(n

L
Vay m = —% thoa YCBT.

I

Bai todn 15: Tim m d€ d6 thi ham s6 y = f(x) =x*—2mx* +2m+m* cbba diém cuyec tri la cac

dinh ctia mot tam gidc c6 dién tich b.ffmg 4.

Loi gidi:

Tap xac dinh D =R.
4 ! 3 ! XZO
Taco: y'=4x" —4mx.Cho y'=0<| | .
x°=m

Ham s6 c6 3 cuc tri<< ' =0 c6 3 nghiém phan biét < m>0.
Khi d6 ba diém cuec tri 1a A(O;2m+m4),B(\/%;m4 —-m? +2m),C(—x/a;m4 —-m? +2m).
Do AABC lubncantai 4 vi AB=AC.
Goi H la trung diém ctia BC nén H(O;m4 —m? +2m) — AH =m*.

Khi d6 S, . :%AH.BC :%mzx/élm —dem’=16m=¥16.
Vay m=%/16 thoa YCBT.

Bdi todn 16: Tim m d€ do thihams§ y = f(x)=x* —2mx* +m—1 c6ba diém cuyc tri 1a céc dinh

ctia mot tam gidc 6 ban kinh duong tron ngoai tiép bang 1.

N e

Loi giai:
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Tap xac dinh D =R.
x=0

x’=m

Ta cé: y' =4x° —4mx. Cho y’:0<:>[
Ham s6 ¢6 3 cuc tri<< ' =0 c6 3 nghiém phan biét < m>0.

Khi d6 ba diém cyc tri 1a A(0;m=1), B(—/m;=m* +m=1),C(Jm;=m* +m—1).
Ta cé AB= AC =Jm*+m ; BC=2m.

Goi H la trung diém ctia BC nén H(O;—m2 +m—1).

Suyra§,,,. :%AH.BC:mZx/E.

m* +m)2dm m=1
AB.ACBC _ ( ) —lem®-2m+1=0< J5-1
S s "y

Khi d6 R=

J5-1

Vay m=1 hoac m= thoa YCBT.
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, 2
3. HAM SO DANG y = Zbx*¢
mx+n

amx? + 2anx +bn—mc

1

bat: f(x)=ax’+bx+c.Taco: y'=

(mx +n)*
. . . e A A L1es n
am s6 ¢b cue tri < amx® +2anx +bn—mc =0 cé hai nghiém phan biét khac x, = ——
H tri *+2anx+Db 0 coh h han biét khac x,
m

2
b
o A'=a*n? —ma(bn—mc) >0 a(an2 —mbn+mzc) >0 u[ulz——nJrcj
m>  m

@af(—%J>O©af(xo)>0

Truwong hop Két luan
af (xo) >0 Ham s6 c6 hai diém cuc tri
af (x,)<0 Ham s6 khong c6 cuec tri

e sbere f(3) L F()s()-u(r)g ()
mx+n g(X) ’

" ' —f(x) o' (x) = jf(x):f'(x)ZZaxHa
=y =0 f(x)g(x)-f(x)g'(x)=0 ) g0 .

A . A . 2ax., +b 2ax, +b
Nén ta c6 toa do cac cyec tri 1a: (xo;Yer ) = (xCT;LJ ; (xCD; Yep )= (xCD;C—DJ
m m

(axz +bx+c), _2ax+b

!

Do d6 phuong trinh duong thang di qua 2 diém cuec trila y =

(mx+n) m
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MOT SO BAI TOAN MINH HOA
2x% —(m+2)x+2m
x—1
Loi gidi:
Téap xac dinh D=R\{1}, f(x)=2x"—(m+2)x+2m.

Bai todn 1: Tim m d€ ham s6 y = khong co cuec tri .

Ham s6 khong c6 cuyec tri khi va chi khi a.f(x0)<0<:>1.f(1)<0<:>m<0.

Badi todn 2: Tim m dé ham s6 yzx +2mx—m cO cuc dai, cuc tiéu .
x+m
m>1 m>2
A. C.0<mx<1 D. 0<m<1
m<0 m<1
Loi giai:

Trude hét ta thdy néu c6 ddu bang xay ra véi dao ham bac ba hodc ham bac hai trén bac nhat thi
ham s0 s€ khong c6 cuec tri, do d6 chung ta loai dwgc dap an D.

Diat f(x)=x*+2mx—m, ham s8 c6 cuc dai, cuc tiéu khi va chi khi:

a.f(x,)>0< Lf(-m)>0< —m(m+1)>0 < 0< m<1,

Chon dap an C.

xrmx-2 . s . as
Bai todn 3: Tim cac gia tri thwe m d€ham sd y =——— c6 cuc dai va cuc tiéu. Khi &6
xX—m

viét phuong trinh duong thang di qua cac diém cuc tri d6.

Loi giai:
Tap xac dinh D=R\ {m} .

X —2mx—m>+2

Taco: y'=
R
, x*=2mx-m*+2=0 (1)
Cho y'=0&
x#m

Ham s6 cd cuc dai va cuc tiéu c>(1) c6 2 nghiém phéan biét x #m.

m>1

A'=2m*-2>0 m<-1
o o
2m*+2#0

Suy ra, ham s6 c6 cue dai va cuc tiéu khi m <—1 hodc m >1.

!

(x2 +mx—2)

(x-m)

2+(2m+3)x+mz+4m

Khi d6 phuong trinh dueong thang di qua 2 diém cuc tri lay = =2x+m.

Bdi todn 4: Tim céc gia tri thuc m d€hamsd y = c6 hai cyec tri trai ddu.

X+m

Loi giai:
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Tap xac dinh D =R\ {—m} .

x? +2mx+m* —3m

Taco: y'=
Y (x+m)’
, X’ +2mx+m*=3m=0 (1)
Cho y'=0<
X #—m

Ham s6 ¢6 hai cuc tri trai dau c>(1) c6 2 nghiém phan biét trdi dau x #-m.
A=3m>0
c O<m<3 3 3
SP=xx,=—= m*=3m<0< 3 . Vaym G(O;ZJU(Z;BJ thoa YCBT.

a m#—
4m* —3m =0
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C. THU THUAT CASIO GIAI CUC TRI

I. KIEN THUC CAN NAM

1. Diém cuec dai, cuc tiéu: Ham s f lién tuc trén (a;b) chtta diém x, va c6 dao ham trén cac
khoang (a;xo) va (xo;b) . Khi d6:

Néu f'(x,) d6i ddu tir 4m sang duong khi x qua diém x, thi ham s& dat cuc tiéu tai diém
xO

Néu f '(xo) doi dau tir duong sang am khi x qua diém x, thi ham s6 dat cuc dai tai di€ém x,

2. Lénh Casio: Tinh dao ham

IL MOT SO BAI TOAN MINH HOA

Bai todn 1: Ham s6 y = x* + x* +1 dat cuc tiéu tai:
A. . x=-1 B. x=1 C.x=0 D. x=-2
[Thi thtt bao Toan hoc tudi tré Ian 4 nim 2017]

Loi giai:
Ngoai cach thi Ian luot ting dap an dé€'1ay két qua. Néu ta ap dung mot chuat tu duy thi phép
thit s& dién ra nhanh hon. D6 thi ham bac 4 d6i xting nhau qua truc tung. N&u ham s& dat cuc
tiéu tai x =—1 thi sé dat cuc tiéu tai x=1 = Dap an A va B loai vi ta chi dwgc chon 1 dap an.
Th véi x=0
ENEEN D@ HENEFEHDOOUE@@HOUHOOEF®@@®®
@b HE

Az, o B )b o Iiﬁ'i“+3'i2+171|:.;.:
1 '% 250

Ta thay f(O) =0, f(x) ddi ddu tir am sang duwong = x =-1 1a cyc tiéu =D4p an C chinh xac

Bai todn 2: Gia tri cia m d€ ham s8 y =—x’ —2x* + mx +2m dat cyc tiéu tai x=-1 1a:
A.m<-1 B. m#-1 C.m=-1 D. m>-1
[Thi the THPT Yén Thé - Bac Giang Iin 1 nam 2017]

Loi giai:
Tht dap &n, wu tién thir gia tri xac dinh trude. Vi dap an Ckhi m=-1 = y=—x"-2x"—-x-2

A (EFEHEHENNEHBeHEZ N DEEHE B 2o HOE®@®E 0O

m@@@@@@mﬂ.@ Mh.l h'lh.l
L e e L b oE - Eb 2 (-n=- oHE e Eb
I 1|:u:| 1|:u:|

Ta thay f'(—l) =0, f'(x) d6i ddu tir am sang duong = x =1 la cyc tiéu =Dép 4n C chinh

Xac.
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Bai todn 3: Tim gié tri ciec dai chlaham sd y=x —3x+2
D! Y

A. 4 B. 1 C.0 D. -1

[Pé minh hoa thi THPT Qudc Gian lan 1 nim 2017]

Loi giai:
-1
Tinh y'=3x>-3 . Tim di€ém cuc dai cua ham s6 la nghiém phuong trinh y'=0 < * ,
X =
Khao sat sy d6i dau qua diém cuc tri x =-1 b:?mg cach tinh f'(—l—O.l) va f‘(—1+0.1)
& (&G N HRAM @ EHm OO EHEAeENE @@ H 0]
BBIOIOIOIOIORIE NS

Sy -gie2)|, b LxB-ael],_ b
=2 =
100 100

Tathdy f'(x) ddidéau tir duong sang am = x =1 la diém cyc dai ctia ham s§

Gié trj cuc dai f(-1)=(~1)’ ~3(~1)+2=4 =Dép an chinh xac1a A chinh xdc.

Bai todn 4: D6 thi ham s& y =¢” (x2 -3x —5) c6 bao nhiéu diém cuyee tri ?

Al B. 0 C. 2 D. 3

[Thi HK1 THPT Chu Van An - Ha N¢i nam 2017]

Loi giai:
Tinh y'=e¢"(x* —3x—5)+¢" (2x-3)

Dung MODE 7 @€ tim diém cuc tri va khao sat sy ddi ddu qua diém cuc tri

foong) (7)) (uehe) (x10 (o) () (0 & (T aewt) O] (23 (=) (3] (aewt) (O] (=) (80 O] () (e (x107) () (e 5] &>
ORI EE0EEHEE0NO0EME

F:| F:|
gl " —y|ofaan gl * al-Giaa
E e | 02 7531 |5 ® |~ 37
] -2l fman I ylaig.3g

Ta thdy f (x) doéi ddu 2 Tan = Ham s6 ¢o hai diém cuec tri .

=Ddap an chinh xac la A chinh xac.

Bdi todn 5: Ham s6 y = |x|3 — x> +4 c6 tit ca bao nhiéu diém cuec tri
A. 2 B. 1 C.3 D. 0
[Thi HK1 THPT Viét Ditc - Ha N6i nam 2017]
Loi giai:
x=0
Tinh y'= 3x|x| -2x . y'=0< L2 Dung MODE 7 vdi thiét lap sao cho x chay qua 3 gia tri
Xx=t=
3

nay ta sé khao sat duoc sy doi ddu cua y'
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foong) (7] (3] () 5] () by (i) DI S E R i I E H B EHE2E3R2E580EEE

o * FI:H:?I 6l-g" I]FEII:EEEI al g Eigza
(-0, BER i 1 o 10 £l M
Bl-0.333/p.3333 gl0.3333|-n.333 T I I

-0, GESEES5555T 0 0. SS5SS5S55T

Ta thay f '(x) ddi dau 3 [an = D4p an chinh xac la C chinh xac.

Bdi todn 6: Cho ham s6 y = f(x) c6 dao ham f(x) = x(x—l)2 (2x+3) . SO diém cuc tri ctua
ham s6 y = f(x) la:
A.2 B.3 C1 D. 0
[Khéo sat chat lwgng chuyén Lam Son - Thanh Héa nam 2017]

Loi gidi:
x=0
Tinh y'=0«<|x=1 .Dung MODE 7 véi thiét 1ap sao cho x chay qua 3 gid tri nay ta sé khao
3
X=-=
L 2

sat duoc sy doi dau cua y'

foog) (7] (ewt) ) (D o) D H O D @O HENEEEHER2E0EEE
OMEREBEE

B Math B Math
" Fii) n Fihl
g2l = B.BI1I Bl - -0.916
3 2 1] | 1 0
Ul -l.2851-3. 16U 0l O.2510.4821

Ta thdy f'(x) d6i déu 2 lan =Dap an chinh xac 1a A chinh xac
Chu y : Néu quan sat tinh t€ thi ta thdy ngay (x—1)" 1 lity thira bac chdn nén y' khong ddi ddu

qua x =1 ma chi d6i ddu qua hai iy thtra bac1é x (hi€u la x') va 2x+3 (hiéu la (2x + 3)1 ).

Bdi todn 7: Choham sd y = (x —1)(x + 2)2 . Trung diém ctia doan thang ndi hai diém cyec tri

cua do thi ham s0 nam trén duong thang nao duéi day.

A 2x-y-4=0 B. 2x-y+4=0 C. 2x+y+4=0 D. 2x+y-4=0
[Thi thtt bao Toan hoc tudi tré Ian 3 nim 2017]
Loi giai:
Ham 8 c6 dang y =(x—1)(x+2)* < y =" +3x* -4 C6 dao ham y'=3x"+6x .
, x=-2 |y=0
y=0< =
x=0 y=4

Vay do6 thi ham s6 6 hai diém cuc tri M (—2 ;0),N (0;4) . Trung diém cta hai diém cyec tri nay la

I(-1;2) . Biém nay thudc duong thang 2x+y+4 =0 = Dép s6 chinh xac 1a B.

Tong hop cdc chuyén dé luyén thi dai hoc Trang 108



Bién soan: Bui Trin Duy Tudn https://facebook.com/duytuan.qna

Bai todn 8: Tim tét ca cac gia tri thwe ciia tham s& m sao cho ham s8 y = x> —3x” + mx 6 2
diém cuec tri trai dau .
A. m<0 B. 0<m<3 C.m<3 D. Khong c6 m
[Thi th@ chuyén Vi Thanh - Hau Giang Ian 1 ndm 2017]

Loi giai:
Tinh y'=3x>—6x+m.D&ham s6 c6 2 diém cuyec tri trdi dau thi phuwong trinh y'=0 ¢6 hai

- A A A &) ~ 7 . oA \ ~AA m /4 /4 7 /4
nghiém phan biét trai dau = Tich hai nghiém la s6 am < 3 <0< m<0 =Dap an chinh xac

la A chinh xac.
Cht y : Néu quén dinh 1y Vi-et ta c6 thé dung phép thit. Vi dap 4n A chon m=-5 chang han

s€ thay luoén y'=0 c6 hai nghiém phan biét va hai nghiém nay doi ddu.

Bai todn 9: Tim tat ca cac gia tri thiee cia tham s6 m d€ham s6 y = mx* + (m - 1)x2 +2 ¢cb

dung 1 cuc dai va khong cé cuc tiéu

<0
A m<1 B. {m C. m<0 D. m>1
m>1

[Thi HK1 THPT Chu Van An - Ha N¢i nam 2017]

Loi giai:
Tinh y'=4mx® +2(m—1)x . D& ham s6 c6 dung 1 cyc dai va khéng c6 cyc tiéu thi y'=0 c6
dang 1 nghiém va y'(x) d6i dau tir duong sang 4m qua diém do.
Chon m=-5 . Dung MODE 7 tinh nghiém y'=0 va khao sat sy d6i ddu cta y'(x)

g @D (@O XNOEHEOUEN DA HZUOEEEDDEOIEEEE
EB00E0E
i Fifh
- 38
0

Math

Ta thdy f'(x) ddidéau 1Tan tir dwong sang dam=> m =-5 théa = Dép 4n dung c6 thé1a A, B, C
Chon m =5 . Duing MODE 7 tinh nghiém y'=0 va khao sat sw d6i dau ctia y'(x)
ARAEEEEEGE®EEEE®EEEECEEEEEE

Math

" F (i
gl o
Il_q 28

Ta thdy f'(x) ddi déu 1Tan tir 4m sang duwong=> m =5 loai = Dép én B sai.
Chon m=0.5 . Ding MODE 7 tinh nghiém y'=0 va khao sat sw d6i ddu cua y'(x)
EAEEEEHOUHEEEEEEEEHOUHEEEEE
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Math
"

B
Fiil
5

Ta thay f(x) d6i ddu 1 Tan tir dwong sang am= m =0.5 théa = Dap an A chinh xac.

Bdi todn 10: Tim tap hop tat ca cac tham s6 m d€ d6 thiham s6 y=x"+x* + mx—m—-2 ¢4 2
cuc tri ndm & hai ntra mit phéng khac nhau véi bo 1a truc hoanh
A. (— oc;O) B. (— oc;—l)\{—S} C.(— oc;O] D. (— OC;l)\{—S}
[Thi th chuyén KHTN -HN Ian 2 ndm 2017]

Loi giai:
Tinh y'=3x>+2x+m . D&ham s c6 ding 2 cyee dai thi y'=0 c6 2 nghiém phan biét

<:>A':1—3m>0<:>m<% = Ca 4 dap an déu thoa.

Chon m=-5 . Ham s8 c6 dang y = x° + x> —=5x + 3. Tinh hai diém cyc trj ciia ham s8 bang l1énh
giai phwong trinh MODE 5
g BEERAEEEEEE

[F] MathW [F] Math Wi

1= hE=

5
1 "3
Tt d6 suy ra f(xl):f(l)zo?f(xz):f(‘gj:%
RERZERD KTeRZERD
256

I =7
D¢ hai cuc tri ndm vé hai phia truc hoanh thi f (xl) f (xz) <0 = m=-5 loai = Bhodc D co thé

dung.
Chon m =0 . Ham s8 c6 dang y = x* + x> 2. Tinh hai diém cuec tri ctia ham s8 bang lénh giai
phuong trinh MODE 5
GEEEEEAE0DEEE
F:] Math¥ F:] Math Wik
1= hz=
Z
= I
2 50
Tt d6 =fl-—|=——; =f(0)=-2
w osuyraf(xl) f{ 3} Y ( 2) f( )
[F:] Math & [F:] Math &
K342 K342 -2
=11
=7 -2
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D¢ hai cyc tri ndm vé hai phia truc hoanh thi f (xl) f (xz) <0 = m=0 loai = B la dap s6 chinh

Xac.

Bai todn 11: Tim duong thing di qua hai diém cuec tri ctia @6 thi ham s&: y = x +3x* —x+2

Loi giai:
Bam mdy tinh: MODE 2

x3+3x2—x+2—(3x2+6x—1) x 1 x—:i>z—§i:>y:—§x+z
3 3 3 3 3 3

Bai todn 12: Tim duong thiang di qua hai diém cuec trj (néu c6 ) ctia d6 thi ham s8:

y=x"-3x"+m’x+m

Loi giai:
Bam mdy tinh: MODE 2

x*=3x*+m’x+m —(3352 —6x+ mz) X1 imeactom > 1003000 + 1999994 i
3 3 3 3

, 1003000 1999994 . 1000000+3000 2000000—6 . m*+3m 2m*>—6
Ta co: + 3 1= 3 + 3 1= 3 + 3 X

2m* -6  m*+3m
X+ )
3 3

Vay duong thang can tim: y =
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D. BAI TAP TRAC NGHIEM

I. DE BAI

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

Cho ham s8 y = x* - 3x? + 2. Khang dinh nao sau day la ding?

A. Ham sO dat cuc dai tai x =2 va dat cuc tiéu tai x=0.

B. Ham s0O dat cuc tiéu tai x =2 va dat cuc dai x=0.

C. Ham s6 dat cuc dai tai x =—2 va cuc tiéu tai x=0.

D. Ham so dat cuc dai tai x =0va cuc tiéu tai x=-2.

Cho ham s8 y = x* - 2x* + 3. Khang dinh nao sau day la dung?

A. Ham s6 c6 ba diém cuec tri. B. Ham s6 chi ¢6 ding 2 diém cuc tri.

C. Ham s0 khong ¢ cuc tri. D. Ham s6 chi c¢6 dung mot diém cuc tri.
Biét d6 thi ham s6 y = x> —3x+1 c6 hai diém cuc tri A, B. Khi d6 phwong trinh duwong
thang AB la:

A.y=x-2. B. y=2x-1. C.y=-2x+1 D. y=—x+2.
2
Goi M, n Tan luot la gid tri cuc dai, gia tri cuc ti€u ciaham s6 y = Lx;—?) . Khi d6 gia
x+
tri ctia biéu thite M* —2n bang:
A.8. B.7. C.9. D. 6.
Cho ham s8 y = x° +17x* — 24x + 8. K&t luan nao sau day la dung?
Al x =1 B. x, = % C. x,, =-3. D. x., =-12.
Cho ham s8 y =3x* —6x” + 1. Két luan nao sau day la dung?
Ay, =2 B. y, =1 Cy,=-1 D. y, =2
Trong cac ham s6 sau, ham s6 nao dat cuc dai tai x :% ?
A. y:%x4—x3+x2—3x. B. y=+v-x"+3x-2.
C. y=+4x*-12x-8 D. y=2"1
.y : Y=
Trong cac ham s6 sau, ham s6 nao chi c6 cuc dai ma khong co cuece tiéu?
A. y=-10x"-5x"+7. B. y=-17x"+2x> +x +5.
C o X2 . =x2+x+1-
x+1 x-1
2
Cho ham s6 y = w Puong thang di qua hai diém cuec tri ctia &6 thi ham s&
X+
c6 phueong trinh la:
A. 5x-2y+13=0. B. y=3x+13. C. y=6x+13. D. 2x+4y-1=0.
Cho ham s8 y =vx* —2x . Khang dinh nao sau day la dting
A. Ham s6 co hai diém cuec tri. B. Ham sO dat cuc tiéu tai x=0.
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Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 1e6.

Cau 17.

Cau 18.

Cau 19.

C. Ham s6 dat cuc dai x=2. D. Ham s6 khong c6 cuc tri.

Cho ham s8 y = x” —x°. Khang dinh nao sau day la dung

A. Ham sG c6 dung 1 diém cuc tri. B. Ham s6 c6 dung 3 diém cuc tri.
C. Ham s0 ¢6 dang hai diém cuec tri. D. Ham s6 c6 dung 4 diém cyec tri.

Cho ham s6 y = f(x) c6 daoham f'(x) = (x+1)(x—2)*(x—3)’(x+5)*. Hoi ham s&
y = f(x) c6 mdy diém cuc tri?

A.2. B. 3. C. 4. D.5.

1
Cho ham s6 y = (x* —2x)®. Khang dinh nao sau day la ding?

A. Ham sO dat cuc tiéu tai x=1. B. Ham sO dat cuc daitai x=1.
C. Ham s6 khéng c6 diém cuec tri. D. Ham s6 c6 dting 2 diém cyec tri.

Cho ham s8 y = —x’ +3x? + 6x . Ham s6 dat cuc tri tai hai diém x,,x, . Khi d6 gid tri cta
biéu thitc S =x? +x? bang:

A. -10. B.-8. C. 10. D.S.

Cho ham s8 y = f(x) c6 dao ham trén R . Khang dinh nao sau day la dung?

A.Néu dao ham ddi ddu khi x chay qua x, thi ham s& dat cuc tiéu tai x, .

B. Néu f'(x,)=0 thi ham s6 dat cuc tri tai x,.

C.Néu ham s0 dat cuc tri tai x, thi dao ham d6i dau khi x chay qua x,.

D. Néu f'(x,)= f"(x,) =0 thi ham s& khong dat cuec tri tai x, .

Cho ham s6 y = f(x). Khang dinh nao sau day la ding?

A.Ham s6 y = f(x) dat cuc tri tai x, thi f'(x,)=0.

B. Néu ham s6 dat cuec tri tai x, thi ham sd khong c6 dao ham tai x, hodc f'(x,)=0.
C.Ham s0 y = f(x) dat cuc trj tai x, thind khong c6 dao ham tai x,.

D.Ham s6 y = f(x) dat cuc tri tai x, thi f"(x,)>0 hoac f"(x,)<0.

Cho ham s6 y = f(x) xac dinh trén [a,b] va x, thudc doan [a,b]. Khéng dinh nao sau
day 1a khang dinh dtng?

A.Ham s6 y = f(x) dat cuc tri tai x, thi f"(x,)<0 hodc f"(x,)>0.

B. Ham s0 y = f(x) dat cwec tri tai x, thi f'(x,)=0.

C.Ham s y = f(x) dat cuee tri tai x, thind khong c6 dao ham tai x,.

D. Néu ham s6 dat cuc tri tai x, thi ham s6 khong c6 dao ham tai x, hoac f'(x,)=0.
Cho ham s8 y = f(x). Khang dinh nao sau day la ding?

A.Néu ham s6 y = f(x) c6 gid tri cuec dai la M, gia tri cuc tiéu 1la m thi M >m.

B. Néu ham s6 y = f(x) khong co cuc tri thi phuwong trinh f'(x,) =0 v6 nghiém.
C.Ham s6 y = f(x) c¢6 ding hai diém cuec tri thi ham s6 d6 1a ham bac ba.

D. Ham s8 y =ax* +bx”* +c¢ v6i a#0 ludn cd cyec tri.

Ham s& bac ba c6 thé cd bao nhiéu diém cuec tri?
A. 0 hoac 1 hoac 2. B. 1 hoac 2. C. 0O hoac 2. D. 0 hoac 1.
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Cau 20. Chohamsd y= f(x). Ham s6 y = f'(x) ¢6 d6 thi nhu hinh vé:
2y /
1

y il x

j AN

Khang dinh nao sau day la khing dinh dtng?
A.Db thi ham s8 y = f(x) cét truc hoanh tai ba diém phan biét.

B. D6 thi ham s8 y = f(x) c6 hai diém cyec tri.

C.Db6 thi ham s6 y = f(x) cd ba diém cuc tri.

D. D6 thi ham s6 y = f(x) c6 mot diém c6 mot diém cuec tri.
Cau21. Chohamsd y= f(x). Him s8 y = f'(x) c6 d6 thi nhw hinh vé:

Ay

=14

Khang dinh nao sau day la khang dinh dting?

A.Ham s6 y = f(x) dat cyc dai tai x=1.

B. D6 thi ham s6 y = f(x) ¢ mot diém cuc tiéu.

C.Ham s6 y = f(x) dong bién trén (—oo;1).

D. D6 thi ham s6 y = f(x) ¢6 hai diém cuc tri.
Cau 22. Choham s§ y =lx*-3x-21 c6 d6 thi nhw hinh vé:
Ay

4

| il
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Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Khang dinh nao sau day la khang dinh ding?

A. D6 thi ham s6 y = f(x) chi c6 diém cuec tiéu va khong c6 diém cuc dai.
B. D6 thi ham s6 y = f(x) c6 mot diém cuc tiéu va mot diém cuc dai.

C. D6 thi ham sd y = f(x) c6 bon diém cuec tri.

D. D6 thi ham s6 y = f(x) ¢6 mét diém cuc dai va hai diém cuc tiéu.

Ham s6 nao sau day c6 dung hai diém cuec tri?

A. y:x+i. B. y=x"+3x* +7x-2.
x+1
C.y=—x'-2x"+3 D y:x—i.
x+1

Trong cac khang dinh sau day, khang dinh nao la khang dinh sai?
A.D06 thi ham s6 y =ax’ +bx* + cx +d,(a # 0) 1ludn 6 cuc tri.
B. D0 thi ham s6 y =ax* +bx* +¢,(a # 0) ludn cd it nhat mot diém cyec tri.

ax+b

C.Hamso y = ,(ad —bc # 0) ludn khdng co cuc tri.

cx+d
D. D6 thi ham s6 y =ax’ +bx”* + cx +d,(a # 0) c6 nhiéu nhat hai diém cuec tri.

Ham s6 nao sau day dat cuc dai tai x=1?

A. y=x"-5x*+5x-13. B. y=x"—4x+3.
C.y=x+l. D.y:Zx/;—x.

x
Tim t4t ca céc gia tri cua tham s& m d&€ ham s6 y =x° —mx® +(2m—3)x -3 dat cuc dai
tai x=1.
A. m=3. B. m>3. C. m<3. D. m<3.
D6 thi ham s6 y = X" .6 bao nhiéu diém cuec tri?

4x+7

A. 3. B. 1. C. 2. D. 0.
Ham s8 y =x" +2(m-2)x* + m* =2m+3 ¢ dtng 1 diém cuec tri thi gid tri cua m 1a:
A.m=>2. B. m<2. C. m>2. D. m=2.

Cho ham s8 y = —%x3 +4x* —5x—17 . Goi hoanh d6 2 diém cuc tri ctia d6 thi ham sé 1a
x,,x,. Khi d6, tich s6 x,x, c6 gia trj la:
A. 5. B. 5. C. 4. D. 4.

Ham s6 y =asin2x+bcos3x—2x (0<x<2x) dat cyec tri tai ng;xzﬂ. Khi do¢, gia tri

cua biéu thtec P=a+3b—3ab la:

A. 3. B. 1. C. 1. D. 3.
Ham s8 y =—4x° —6x* —3x +2 c6 may diém cuc tri?
C 1. B. 2. C. 0. D. 3.

Ham sd y=x"—3x” +mx—2 dat cyec tidu tai x =2 khi?
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Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

A. m>0. B. m=0. C. m=0. D. m<0.

Choham s8 y = (m—1)x> —3x> —(m+1)x +3m* —m+2.D&ham s6 b cuc dai, cuc tiéu thi:
A.m=1. B. m=1. C.m>1. D. mtuyy.

Khang dinh nao 1a dting trong cac khang dinh sau:

A. Ham s& trung phuong c6 thé ¢ 2 diém cuc tri.

B. Ham s& bac 3 c6 thé cd 3 cuc tri.

C. Ham s trung phuong ludn c6 cuec tri.

D. Ham phén thitc khong thé ¢6 cuc tri.

Ham s6 y = —33/35_2 +2 c6 bao nhiéu cuc dai?

A. 2. B. 0. C. 1. D. 3.

Cho ham s8 y = -3x* + 4x* —2017 . Khang dinh nao sau day la ding?

A. Ham s8 ¢6 1 diém cye dai va khong co diém cuc tiéu.

B. Ham s6 khong c6 cuec tri.

C. Ham s6 ¢4 1 diém cuc dai va 2 diém cuc tiéu.

D. Ham s0 c6 2 diém cuc dai va 1 diém cuc tiéu.

Ham s6 nao sau day khong co cuec tri?

A. y=x"+3x" B. y=x"—x. C.y=x'-3x+2. D.y=x".

Cho ham s6 y =x° —6x” +4x -7 . Goi hoanh d0 2 diém cuec tri ctia d6 thi ham s§ 1a x,, x,

. Khi d¢, gia tri cua tong x, +x, la:

A. —6. B. 4. C. 6. D. 4.
Hiéu s0 gitra gid tri cuc dai va gia tri cyc tiéu cia ham s8 y =x° - 3x* +4 la:
A. 4. B. -2. C.2. D. 4.

Cho ham s8 y = ax’ +bx* +cx+d . Néu d6 thi ham s8 ¢6 2 diém cyc tri la gdc toa do va

diém A(-1;-1) thi ham s6 c6 phuong trinh la:

A. y=2x"-3x%. B. y=-2x"-3x".
C.y=x"+3x"+3x. D. y=x"-3x-1.

Ham s6 nao dwéi day co cuec tri?

A y=x'+1. B. y=x"+x*+2x-1.

C. y=2x-1. D. yzzx;—ll'

Diéu kién d€ ham s6 y = ax* +bx® +¢ (a#0) ¢ 3 diém cuc tri la:

A. ab<0. B. ab>0. C. b=0. D. c=0.

Cho ham s8 y = %x3 —2mx” +(4m—1)x—3. Ménh dé nao sau day sai?

\ ~ 14 . .« A? . 1
A. Ham s6 c6 cue dai, cuc tiéu khi m < 5
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Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

B. V6i moi m, ham so ludn ¢ cuc tri.
\ ~ s . o ) 1
C. Ham s6 c6 cuc dai, cuc tiéu khi m = —.

D. Ham s0 c6 cuc dai, cuc tiéu khi m > 1.

Trong cac ham s6 dudi day, ham s nao c6 dung 2 cuc tri?

A y=x"+3x"+2. B. y=x"-5x"+7.
2 —
C.y= 2x3 1 D. y=2017x° +2016x",
x
Diém cuc tri ctia d6 thi ham s6 y =v1+4x—x* ¢4 toa do la:
A. (1;2). B. (0;1). C. (2;3). D. (3;4).

Biét d6 thi ham s6 y = x> —2x” +ax +b ¢ diém cuc trila A(1;3) . Khi d6 gid tri ctia 4a—b
la:

A. 1. B. 2. C.3. D. 4.

Cho ham s8 y =x° —3x* —2. Goi a,blan lwgt 1a gid tri cwee dai va gid tri cyc tiéu ctia ham

sO d6. Gid tri caa 2a* +b la:

A. -8. B. 2. C. 2. D. 4.
Cho ham s8 y =x" —5x* +3 dat cuc tri tai x,,x,,x,. Khi d6, gid tri cua tich x,x,x, la:
A. 0. B. 5. C. 1 D. 3.

N ~ 1 14 - A .« A? .
Ham sd y = §x3 —2x* +4x -1 cb bao nhiéu diém cuec tri ?

A. 1. B. 0. C.2 D. 3.

Cho ham s8 y= x° - 3x* +2. Khang dinh nao sau day dtng:

A. Ham s6 c¢6 cuc dai, cuc tiéu. B. Ham s6 khong c6 cuec tri.

C. Ham s ¢6 cuc dai, khong cé cuc tiéu.  D. Ham s6 ¢6 cuc tiéu khong cé cuc dai.
Cho ham s6 y = f(x) c6 bang bién thién nhu sau

—00 XO xl x2 +(x)

TN P

Khi d6 ham s6 da cho cé:

A. Mot diém cuc dai, mot diém cuc tiéu.

B. M6t diém cuc dai, hai diém cuec tiéu.

C.1 diém cuc dai, khdng c6 diém cuc tiéu.

D.2 diém cuc dai, 1 diém cuc tiéu.

Tim tat ca cac gid tri thuc ctia m d€ ham s8 y = mx* —(m + 1)x2 +2m—1 c6 3 diém cuec tri

?
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Cau 53.

Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

m<-1
A. . B.m<-1. C.-1<m<0. D. m>-1.
m>0

Tim tat ca cac gid tri thuc cia m d€ham sd y=x" —2x + (m + 3)x -1 khong 6 cuc tri?

A.mz—g. B.m>—§. C.mz—é. D.mS—§.
3 3 3 3

. N r g , ~ N ~ 1
Tim tat ca cac gid tri thye ctia tham s6 m d€ham sd y = §x3 —mx® + (m + 1)x —1 dat cuc

daitai x=-27?
A.Khong ton tai m. B. -1. C. 2. D. 3.
Cho ham s y = f(x) lién tuc trén R ¢ bang bién thién.

X —00 1 3 +00

!

Yy - 0 + 0 _

Trong cac khang dinh sau, khang dinh nao la ding?
A. Ham sd nghich bién trén khoang (1;3). B. Ham sO dat cuc tiéu tai x=3.

\ /4 .7 . o« A? \ 1 \ ~ A /4 .
C. Ham s c¢6 gia tri cuc tiéu la 3 D. Ham s6 khong c6 cuec tri.

e g , " s M i
Tim tat ca cdc gia tri thyc ctia tham s8 m dé€ ham s6 y :Exf‘ +2x* +mx+1 ¢ 2 diém

cuee tri thoa man x ., < x.. .

A.m<2. B.-2<m<0. C. 2<m<2. D. O0<m<?2.
N A, 2 7 .7 . 2 ~ A? \ ~ 1 Va
Tim tat ca cac gia tri thuc ctia tham s&m d€ ham sé: y:§x3+mx2+(m+6)x+m cd cuc

dai va cuc tiéu.
m<-2 m<-=2

A. 2<m<3. B. . C. . D. 2<m<3.
m>3 m=3

Tim tat cac gid tri thue ctia tham s6m dé€ham s6 y = (m + 2)x3 +3x* +mx—6 cd 2 cuc tri

A. me(=3;1)\{-2}. B. me(-3;1).
C. me(—oo;—3)u(1;+oo). D. me[—?);l].

o ANe g . ~ s ~ 1
Tim tat cac gid tri thuc ctia tham s& m d€ham s6 y:§x3+(m+3)x2 +4(m+3)x+m’ —m

dat cyc tri tai x,x, théa man -1<x, <x,.

7 m<-3 7
A.——<m<-2. B. 3<m<1. C. . D. ——<m<-3.
2 m>1 2
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Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

Cau 67.

Cau 68.

N Y 2 7 .7 . 2 ~ ~? \ ~ 1
Tim t4t ca c4c gia tri thyc ctia tham s6 m dé ham s6 y = §x3 +(m*—m+2)x’ +(3m2 +1) x

dat cuc tiéu tai x=-2.

m=3 m=-3
. B. m=3. C.m=1. D. .
m=1 m=-1

N\ 7 .7 . ? ~ n? \ ~ 1 1 .
Tim cdc gia tri cia tham s6m dé ham so: y = gmx?’ —(m—-1)x’ +3(m—2)x+g dat cuec tri
tai x,,x, thdaman x, +2x, =1.

6 .

2
A 1-cm<l+2, B. 3.
2 2 2

C. m [1—ﬁi-1 J_J{ }. D. m=2.

Tim céc gid tri ciia tham s&m d€ ham s6 y = mx* + (m - 1)x2 +m chi c6 ding mot cyec tri.

0 <0
A O<m<1. B.|" ", c. |™ D.0<m<1.
m>1 m=>1

Tim céc gid tri cua tham s6m d€ ham s8 y =mx* +(m2 —4m+3) x*+2m—1 c6 ba diém

cuee tri.
A. me(—oo;O). B. me(O;l)u(3;+oo).
C. me(—oo;O)u(l;3). D. me(l;3).

Tim céc gia tri ctia tham s0m d€ d6 thi ham s6: y =x* —2m’x* +1 cd ba diém cuec tri la
ba dinh ctia mot tam gidc vuong can.

A.m=-1. B. m#0. C.m=1. D. m=41.

Tim céc gid tri ciia tham s&m d€ d6 thi ham sd: y=x* - Z(m + 1)3(2 +m* cdba diém cuc
tri la ba dinh ctia mot tam gidc vuong can.

W m=0
A.Khong ton taim. B. m=0. C. U D. m=-1.
m=—

Tim céc gid tri ctia tham s6m d€ d6 thi ham s6: y =x* —2mx* +2m+m* c6 ba diém cuc

tri la ba dinh cia mét tam giac déu.

m=0
A. Khong ton tai m.  B. . C.m=33. D. m=+3.

Khoang céch gitra 2 di€m cyc tri ctia d6 thi ham s8 y = x” —3x la:
A. 45, B.2. C.2+5. D. 4.
Chohamsd y = ix“ —2x%+3 ¢6 d6 thila (C). Dién tich tam gidc c6 cic dinh 1a cac diém

cuc tri caa d6 thi (C) la:
A. m=8. B. m=16. C. m=32. D. m=4.
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Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

Cau 76.

Cau 77.

N\ Y 2 7 .7 . ? ~ A? \ 1 14 .
Tim tat ca cac gia tri cia tham s6 m d€ham sd y = §x3 —mx*+(2m—1)x -3 cb cuc tri.

A . m=1. B. V. C.m<1 D.m=>1.

Tim tat ca cac gid tri thuc ctia tham s& m dé ham sy = mx* + (m2 —9)x2 +10 ¢6 3 diém

cuec tri.
O<m<3 O<m<3
. B. m<-3. C.0<m<3. D.
m<-3 m<-3

Tim t4t ca cac gid tri thuc ctia tham s6 m d€ ham s6 y = (m +1)x4 —mx® +% chi ¢ cuc
tiéu ma khong co cuc dai.

A.m<-1. B. -1<m<0. C.m>1. D.-1<m<0.

Tim tat ca cac gid tri thwe ctia tham s m dé€ham s6 y = x° —3mx” +(m—1)x + 2 ¢b cuc dai,
cye tiéu va cac diém cuec tri cua d6 thi ham s c6 hoanh d¢ duong.

A.0<m<]1. B. m>1. C. m=>0. D. m>1.

Tim tt ca cac gia tri thuc ctia tham s& m dé& do thi ctia ham s8 y=-x> +3mx+1 ¢6 2

diém cuc tri A, B sao cho tam gidc OAB vuodng tai O (véi O la gbc toa do).

A.mzé. B.m:—l. C.m=1. D.m:l.
2 2 2

Tim tat ca cdc gia tri cia tham s m d€ d6 thi ham s6 y =x° - 3(m+1)x* +12mx —3m +4
(C) cb hai diém cuc tri 1a A va B sao cho hai diém nay cung v6i diém C [—1;—%} lap

thanh tam giac nhan goc toa d6 O lam trong tam.

A.mzl. B. m=-2. C.m=2. D.m=—l

2 2
Tim tdt cd cac gid tri thwc cta tham s6 m d€ d6 thi ham s6
2 2 14 . .« A? . 14 \ A
y:§x3—mx2—2(3m2—1)x+§ c6 hai diém cuc tri c6 hoanh do x,, x, sao cho

xx, +2(x, +x,)=1.

A. m=0. B. m=—=. C.m==. D. m=——.
3 3 2

Goi x,,x, 1a hai diém cyec tri cia ham s6 y = x> —3mx” + ?)(m2 —1)9c—m3 +m. Tim tat ca
cac gid tri cua tham s6 thue m dé: x7 +x2 —x,x, =7

A m=+2. B. m=+2. C. m=0. D. m=+1.

Cho ham s8 y =(m—1)x* —3mx* +5. Tim tét ca céc gid trj ctia tham s8 thuc m d&€ham
s0 6 cye dai ma khong co cuec tiéu

A. mG(—OO}0]U|:1}+OO). B. me[O;l].

C. me(O;l). D. me(—oo;O)u(l;+oo).
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Cau 78.

Cau 79.

Cau 80.

Cau 81.

Cau 82.

Cau 83.

Cau 84.

Cau 85.

Cau 86.

Cho ham s6 y=x* —2(1—1712)x2 +m+1. Tim t4t ca cdc gid tri cta tham s8 thuc m dé
ham s6 c6 cuc dai, cuc tiéu va cac diém cuc tri caa d6 thi ham s6 lap thanh tam giac ¢

dién tich 16n nhat.

A.m:—l. B.m:l. C. m=0. D. m=1.
2 2

Tim céc gia tri ctia tham s& m d€ d6 thiham sd y =2x° + 3(m - 3) x* +11-3m cd hai diém
cyec tri. Dong thoi hai diém cuc tri d6 va diém C (0 ;—1) théng hang.

A. m=4. B. m=1. C. m=-3. D. m=2.

Tim tat ca cac gid tri ctia tham s0 thuc m dé€ duong théng qua 2 diém cuc tri cua do thi
ham s&: y = x° —3mx+2 cht duwong tron tam I(l;l) ban kinh béng 1tai2 diém A, B ma

dién tich tam giac IAB 16n nhat.

G /3 J5 J

A - m=1+—. B.m=1+—. C.m=1+—. D.m=1+—.
2 2 2 2

Tim tat ca cac gid tri thuc cua tham s6 m dé d6 thi ham sd y =2x° - S(m + l)x2 +6mx cod
hai diém cuc tri A, B sao cho duong thang AB vudng gdc véi duong thang: y=x+2.

m=-3 m=-2 m=0 m=0
. . B. . C. . D. .
m=2 m=3 m=2 m=-3
Cho ham s8 y = x° —6x* +3(m+2)x—m—6. Tim tt ca cac gi trj thuc chia m d& ham s6
6 2 cuc tri cung déu.

A._—23<m<2. B._—15<m<2. C._Tﬂ<m<2. D.%<m<2.

Choham s6 y =2x> —9x* +12x +m . Gia st d6 thi ham s6 ¢6 hai diém cuc trila A, B dong
thoi A, B cting véi gdc toa do O khong thang hang. Khi d6 chu vi AOAB nhé nhat bang
bao nhiéu ?

A V1042, B. V10 +42. C. v20 -+10. D. V3+2.

Cho ham s8 y =x"-2mx* +m—1. Tim tat ca cac gia tri cua tham s& thuc m d€ d6 thi

ham s6 c6 ba diém cuec tri tao thanh 1 tam giac nhan goc toa d¢ O lam truc tam.
A.m=4. B. m=2. C.m=3. D. m=1.

Tinh theo m khoang cach gitra diém cuc dai va diém cuc tiéu ( néu cd) ctia d6 thi ham

1
sé’:y=§x3—mx2—x+m+1.

A. g\/(m2 +1)(4m* +5n% +9). B. %\/(Zmz +1)(4m* +8m* +13).

C. g\/(m2 +1)(4m* +8m? +13). D. [(4m? +4)(4m* +8n* +10).
Tim céc gia tri cia tham sGm d€ do thi ham s8: y =2x"+3(m—1)x* +6m(1-2m)x c6

diém cuc dai va diém cyc tiéu ndm trén duong thang cé phuong trinh: y = —4x (d) .
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Cau 87.

Cau 88.

Cau 89.

Cau 90.

Cau 91.

Cau 92.

Cau 93.

Cau 94.

A.me{l}. B.me{O;l}. C.me{O;%;l}. D.me{%}.

Tim cac gid tri ctia tham s8m d& d6 thi ham s8: y = x° + mx® +7x +3 c6 dwong thang di
qua diém cuc dai va diém cuc tiéu vudng goc véi duong thang cd phuong trinh:
y=3x (d ) .

/ =0 /
A.m=+ ﬁ B. " . C.m=2. D.m=+ ﬂ
2 m=1 2

Tim céc gia tri cta tham s6m d€ d6 thi ham s6: y =—x° +3x? +3(m2 —1)x—3m2 -1 ¢o

diém cuc dai va diém cuyec tiéu cung véi gdc toa do tao thanh tam gidc vudng tai O.

m=-1 J6

A m=1. B.| 5 c.|m=t5 D. m==1.

7 m=+1
Tim céc gid tri ctia tham s6m d€ d6 thi ham s6: y = x° —3x* —mx +2 ¢6 diém cyuc dai va
diém cuc tiéu cach déu duong thang cé phuong trinh: y =x—1 (d ) :
m=0
A. m=0. B. 9. C.m=2. D. m=——.

m:—— 2
2

Tim céc gié tri cia tham s6m d€ do6 thi ham s6: y = x* —2mx* + m—1 ¢ ba diém cuc tri.

Doéng thoi ba diém cyec tri d6 1a ba dinh ctia mt tam giac c6 ban kinh duwong tron ngoai

tiép bang 1.
m=1 m=1

A. —1++5- B —1++/5- C.m:i_lzﬁ. D. m=1.
m=x= m=

2 2
Tim cdc gia tri cta tham sdm d€ d6 thi ham s&: y=x" —2m’x* +m* +1 c6 ba diém cuc
tri. Dong thoi ba diém cuec tri d6 cung véi gde O tao thanh 1 ti gidc ndi tiép.
A. m==1. B. m=1. C.Khong ton taim. D. m=-1.
Tim cdc gia tri cua tham sdm d€ d6 thi ham s&: y=x* -8m’x* +1 ¢ ba diém cyc tri.
Doéng thoi ba diém cuc tri d6 1a ba dinh cia mét tam giac c6 dién tich béng 64.
A.Khong ton taim.  B. m=32. C. m=-2. D. m=+32.
Tim céc gia tri caa tham sdm d€ d6 thi ham s6: y=x" —2mx* +m 6 ba diém cuc tri.
Dong thoi ba diém cuyec tri d6 la ba dinh ctia mot tam giac ¢6 ban kinh dwong tron noi
tiép 16n hon 1.
A. m<-1. B. m>2.
C.me (—oo; —1)u(2; +oo). D. Khong ton tai m.
Tim cac gid tri cua tham s§m d€ do thj ham s6: y =x* —(3m—1)x* +2m+1 c6 ba diém
cyec tri. Bong thoi ba diém cuc tri d6 cung véi diém D(7;3) ndi ti€p dwge mot duong

tron.
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A. m=3. B. m=1. C. m=-1. D. Khong ton tai m.

Cau 95. Tim cdc gia tri cia tham sdm d€ d6 thi ham s6: y =—x* +2mx* —4m+1 c6 ba di€ém cuc

tri. Dong thoi ba diém cuec tri d6 cung véi gbc toa df tao thanh 1 hinh thoi.

m:i
A.Khong ton tai m.  B. . C. m=-1. D. m=1.
& L _2%\2

2
Cau 96. Tim tat ca cac gid tri thuc ctia tham s& m d€ ham s§ y = —x° +3x +3(m2 —1)x—3m2 -1

o cue dai, cye tiéu va cac diém cuc tri cua d6 thi ham s6 cach déu goc toa do O.

A.m:i%. B.m:%. C. m=-1. D. m=4+1.

Céu 97. Tim tat ca cdc gia tri thuc ctia tham s& m d€ d6 thi ham s8 y =x° —3mx* +3m’ ¢4 hai
diém cuc tri A va B sao cho tam gidc OAB c6 dién tich béng 48.
A. m=2 hoac m=0. B. m=2. C. m=-2. D. m=4+2.

Cau 98. Choham s8 y =x*—2(m+1)x*+m (C). Tim tét ca cdc gia tri thyre ctia tham s§ m d€ do
thi ham s6(C) c6 ba diém cuctri A, B, C sao cho OA =BC; trong d6 O la goc toa do,
A la diém cyec tri thudc truc tung, B va C la hai diém cuc tri con lai.
A. m=2+242. B. m=2+242. C. m=2-242. D. m=+1,

Cau 99. Tim tit ca cac gid tri thuc ctia tham s m d€ d6 thi ham s6 y =x° —3mx” +4m’ cd cac

diém cuc dai va cuc tiéu ddi xting nhau qua duong thang (d):y=x.

V2 V2

A.m=— B.m=——.

2 2
C. m=0hoac ng. D.m:i%.

Céu 100. Tim tat ca cac gid tri thuc ctia tham s6 m d€ ham s6 y = x° —3mx* +3(m* - )x—m’ + m
o cuc tri dong thoi khoang cach tir diém cyc dai ctia d6 thi ham sd dén gdc toa d6 O
b:?mg \/E Tan khoang cach ttr diém cuc tiéu cua d6 thi ham s dén goc toa d O.
A. m=—3—2x/§ho:§1c m=-1. B. m=—3+2\/zhoéc m=-1.
C. m=-3+2v2 hodc m=-3-22. D. m=-3+2y2.

Céau 101. Tim tat ca cac gia tri thuc ctia tham s6 m dé& d6 thi ham s6 y =x* —2m’x* +1 (C) cd ba
diém cuc tri la ba dinh ctia mot tam gidc vudng can.
A. m=+1. B. m=1 hoac m=0.
C. m=-1 hoac m=0. D. m=-1.

Céu 102. Tim t4t ca cac gid tri thuc ctia tham s6 m d€ do thi ham s8y = mx® —3mx* +3m -3 6
hai di€m cuc tri A, B sao cho 2AB* —(OA? +OB?) =20( Trong d6 O la gdc toa dd).
A. m=-1. B. m=1.
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C. m=-1 hoac mz—z. D. m=1 hoac mz—z.
11 11

Cau 103. Cho ham s8 y=x>-3x” (C).Tim tat ca c4c gid tri thuc tham s6 m d&€ duong thang di

qua 2 diém cyc tri cua d6 thi (C) tao véi duong théng A:x+my+3=0 mot géc o biét

4
cosa =—.
. 2 . 2
A. m=2 hoac m=-——. B. m=-2 hoac m=—-——.
11 1
. 2
C. m=2 hoac m:ﬁ' D. m=2.

Céau 104. Tim tat ca cac gia tri thuc cua tham s6 m dé€ d6 thi ham sd y =x" - 4(m - 1)x2 +2m—-1

c6 3 diém cyec tri tao thanh 3 dinh ctia mot tam giac déu.

5 35

A. m=0. B. m=1. C.m=1+——. D.m=1-—.
2 2

Cau 105. Tim tat ca cdc gid tri thuc ctia tham s8 m d€ di€m M(2m’;m) tao v6i hai diém cuc dai,
cuc tiéu cua d6 thi ham s8 y = 2x° —3(2m +1)x* + 6m(m+1)x +1 (C) mot tam gidc c6 dién
tich nho nhat.

A.m=2. B. m=0. C.m=1. D. m=-1.
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II. DAP AN VA LOI GIAI CHI TIET

1B 2A 3C 4B 5D 6B 7B 8A 9C 10D
11C 12A 13C 14D 15C 16B 17D 18D 19C 20C
21B 22D 23A 24A 25D 26B 27D 28A 29A 30C
31C 32C 33B 34C 35C 36D 37D 38D 39D 40B
41A 42A 43C 44B 45A 46A 47C 48A 49B 50A
51A 52A 53C 54A 55C 56D 57B 58A 59D 60B
61B 62C 63C 64D 65B 66C 67C 68A 69A 70A
71B 72D 73D 74D 75C 76B 77B 78C 79A 80B
81C 82D 83B 84D 85C 86A 87A 88D 89A 90B
91A 92D 93B 94A 95B 96A 97D 98A 99D 100C
101A 102D 103A 104C 105B
Caul. Chon B.
' 5 x=0
y'=3x —6x=0<:>[x:2
Lap bang bién thién ta duwoc ham s6 dat cuc dai tai x =2 va dat cuc tiéu tai x=0
Cau 2. Chon A.
x=0
y'=4x’-4x=0<|x=1 Tacd y(0)=3; y(1)=y(-1)=2 nénham sd cé hai cyc tri.
x=-1
Cau3. ChonC.
y' =32 —3=0@{i=11 = A(1;-1),B(-1;3) = Phuong trinh AB:y=-2x+1
Phuong phép trac nghiém:
Bam may tinh:
Budc 1: BAm Mode 2 (CMPLX)
Budc 2: x° —3x+ 1—(3x2 — 3)(§j
Buéc 3: CALC x=1i
Két qua: 1-2i = phuong trinh AB: y=1-2x
Cau4. ChonB.

. xXP+4x+3

(x+2) '

X’ +4x+3 x=-3
ST 0
(x+2)

Ham s6 dat cye dai tai x=-3 va y., =-3
Ham s6 dat cuc tiéu tai x=-1 va y., =1

= M?-2n=7
Phuong phap trac nghiém:
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Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Bam may tinh:
J x?+3x+3
, x+2 2 2 2
Buéc 1: y .(100+2)" — 1004003 = 1000” +4000 +3 = x* +4x+3
x
x=1000
. X +4x+3
(x+2)2
x=-1->A
Budc 2: Giai phwong trinh bac hai: x* +4x+3 <
x=-3—>B
2
Budc 3: Nhap vao may tinh x3xa+3
x+2
Cacl x=A—->C
Cacl x=B—> D
Buwoc 4: Tinh C*-2D =7
Chon D.
x=-12
y'=3x"+34x-24=0< 2
xX==
3
Lap bang bién thién ta thdy ham s6 dat cuc dai tai x=-12.
Chon B.
x=0
y'=12x"-12x =0 < | x =-1. Ham s0 dat cuc dai tai x=0 va y, =1.
x=1
Chon B.
Ham s8 y=+v-x>+3x-2 co y'=# va y' d6i ddu tr "+" sang "-" khi x
2V—x"+3x-2

chay qua % nén ham so dat cuc dai tai x = % .

3
=1=0
/3
3
"I =1<0
(3
Chon A.

Ham s6 y=-10x*-5x*+7 6 y'=-40x’ -10x=0 < x=0 va y"(0)=-10 <0 nén ham

\ . o« A? \ \ ~ . . 3
Dung casio kiém tra: thi ham sO dat cuc dai tai 5

sO dat cuc dai tai x=0.
Chon C.
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_—9+\/i

3x2 +18x +20 =73
(x+3) _—9—\/5
T

1

= Phuong trinh duong thang di qua hai diém

cuee tri cia d6 thi ham s6 la y =6x+13.

Phuong phap trac nghiém:

Tai diém cyec tri ctia d6 thi ham s6 phan thic, ta co: =

Vay phuong trinh duong thang di qua hai diém cyc tri ciia d6 thi ham s& 1a

(3" +13x+19)’
y= S y=6x+13

(x+3),
Cau 10. Chon D.
TXD: D = (—o;0]U[2; +0).

y =22 e x-10).

Va® —2x
y' khong d6i dau trén cac khoang xac dinh nén ham s khong ¢é cuc tri.
Cau 11. Chon C.
x=0
y'=7x"-5x' =x*(7x* -5)=0 < \/g
x=%,/—

2 A2s n~ . 5 A \ ~ 7 . - A2 .
y' chi do6i dau khi x chay qua J_r\/; nén ham s6 cé hai diém cuec tri.

Cau 12. Chon A.

f'(x) doi dau khi x chay qua -1 va 3 nén ham s6 c6 2 diém cuec tri.
Cau 13. Chon C.

TXD D =(—;0) U (2;+0)

1 2
y':g(x2 —-2x) 3(2x-2)

y' khoéng d6i dau trén cac khoang xac dinh nén ham s khong cé cuc tri.
Cau 14. Chon D.
D=R, y'=-3x+6x+6
Phuong trinh y'=0 ludn c6 hai nghiém phan biét x,,x, va y' doi dau khi x chay qua
x,,x, nén ham s6 dat cuc tri tai x,,x,.
S=x7+x =(x, +x2)2 —2x,x,=8
Phuong phap trac nghiém:
x=1+3 -4

Budc 1: Giai phuwong trinh bac hai: -3x* +6x+6 <
x=1-V3 B8
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Cau 15.
Cau 16.
Cau 17.
Cau 18.
Cau 19.

Cau 20.
Cau 21.
Cau 22.
Cau 23.

Cau 24.
Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Buwéc 2: Tinh A*+B*=8

Chon C.

Chon B.

Chon D.

Chon D.

Chon C.

Ham s6 bac ba: y =ax’ +bx* +cx+d,(a=0) c6 TXD: D=R

y'=3ax’ +2bx+c, A'=b* -3ac

Néu A'<0 thi y' khong d6i dau trén R nén ham s khong cé cuc tri.

Néu A'>0 thi phuong trinh y'=0 luén c6 hai nghiém phan biét x,,x, va y' d6i dau

khi x chay qua x,,x, nén ham sd dat cwec tri tai x,, x, .

Chon C.
Chon B.
Chon D.
Chon A.
, 1
Hams6 y=x+—— c6 TXD: D=R\{-1
Y x+1 \{ }
, 1 x=0
y'=1- 2:0@[
(x+1) x=-2

y' d6i dau khi x chay qua -2 va 0 nén ham s& da cho cé hai diém cyc tri.

Chon A.

Chon D.
Ham s6 y =2v/x —x 6 TXD D =[0; +)
y'(1)=0
1 nén ham s6 dat cuc dai tai x=1.
y(1)=-1 <0
2
Chon B.

y'(1)=3.1—2m.1+2m—-3=0
y"(1)=6.1-2m<0

Dé ham sO dat cuc dai x =1thi { S m>3

Chon D.

Ham phén thttc hitu ti bac nhat/ bac nhat ludén don diéu trén cac khoang xac dinh cua
ching, do d6 ham nay khong c6 cuc tri.

Chon A.

Ham trung phwong ¢6 1 diém cuc trikhi ab>20<=m-220<m=2.

Chon A.

Tacod: y'=-x"+8x—5.

x,,x,1a hai nghiém cta phuong trinh: y'=0 < —x* +8x-5=0.

Khi d6, theo dinh ly Viet, ta co: x,x, =5.
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Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Chon C.
TXD: D=R

Ta cé: y'=2acos2x—3bsin3x-2.

. ” . V4 A 1A \
Ham s6 dat cuc tri tai x = > ;x =7 nén ta c6 hé phuong trinh:

vﬂ- _ _ a:1
y()=72a430=2=0 1" | Do d6, gi4 tri cira bicu thitc P=a+3b—3ab=1.
y'(7)=2a-2=0 b=3

Chon C.
Day la ham s6 bac 3 ¢6 b* —3ac =6 —3.3.4=0. Do d6, ham s8 ludn don diéu trén R.
Ham s6 nay khong ¢ cuc tri.

Chon C.

y'=3x"—6x+m; y"'=6x—-6

'(2)=32>-62+m=0
z"((z)):6.2—6>0 <

Ham s6 dat cuc tiéu tai x =2 khi: { m=0

Chon B.

m#1

, 2 94+3(m-1)(m+1)>0
Ham s6 ¢ cuc dai, cuc tiéu khi {b 3ac>0©{ (m =1)(m+1) =

az#0 m—-1+0

Chon C.

A. Ham s0 trung phuong luén c6 cuc tri do dao ham ctia né la mét da thirc bac 3

ludn cé nghiém thiyee. Nén dap an nay dung.

B. Ham s6 béc 3 ¢6 t6i da 2 cuc tri. Nén dap an nay sai.

C. Ham s0 trung phuong chi c6 thé c6 1 hodc 3 diém cuc tri. Nén dap an nay sai.

D. Dap an nay sai.

Chon C.

Taco: y'= —% . Dé dang nhan thay x =0 la diém téi han caa ham s8, va y' d6i dau khi
di qua x=0. Nén x=0 la cuc tri cia ham s6. Hon nita, ta ¢6 ham s6 déng bién trén
(—o0;0) va nghich bién trén (0;+w). Do d6, x =0 la cuc dai cia ham s6.

Chon D.

bay la ham s6 trung phuong ¢ ab =-3.4 <0 nén ham s6 nay c6 3 diém cuc tri. Hon nita,
ham s6 c6 a=-3<0nén ham so c6 2 diém cuc dai va 1 diém cuc tiéu.

Chon D.

A.C6 y'=3x">20Vx e R. Do d6, ham s6 nay luén dong bién trén R. Hay ndi cach
khac, ham sd nay khong co cuec tri.

B. Day la ham s6 bac 3 c6 b* —3ac=3>0. Do d6, ham s6 nay c6 2 cuec tri.

C. Ham s6 trung phuong luén c6 cuyec tri.

D. Day 1a ham s8 bac 3 c6 b* —=3ac =9 >0. Do d6, ham s& nay c6 2 cyc tri.

Chon D.
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Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

y'=3x"-12x+4, y'=0<3x" -12x+4=0.
x,,x, la hai nghiém ctia phwong trinh y'=0.
Khi d¢, theo dinh ly Viet, ta co: x, +x, =4.
Chon D.

=0
y'=3x> —6x=3x(x—2), y'=0<:>3x(x—2)=0<:{i:2, Yep —Yer = Y(0)—y(2) = 4.

Chon B.

y'=3ax’ +2bx+c

'0)=0
D6 thi ham s6 c6 diém cuc tri la goc toa d9, ta co: {y(é)) 0 &e=d=0
y =
7 (-1)=0 [3a-2b=0 [a=-2
D06 thi ham s6 ¢ diém cuc tri la A(-1;-1), ta cé: y (=1 o 4 = 4
y(-1)=-1" |b-a=-1 _ |b=-3

Vay ham s la: y =-2x° -3x”.

Chon A.

A. Ham s0 trung phuong luén c6 cuc tri.

B. Day la ham s6 bac 3 c6 b* —3ac =-5<0. Do d6, ham s6 nay khong ¢ cuc tri.

C. Ham s6 bac nhét don diéu trén R . Do d6, ham s6 nay ciing khong c6 cuc tri.

D. Ham s8 phan thiic hitu ty bac nhat/bac nhat ludn don diéu trén cac khoang xac dinh
cta no.

Do d6, ham s6 nay khong co cuc tri.

Chon A.

Nhu ta da biét, diéu kién d€ ham s6 trung phuwong cé 3 diém cuec tri la _2£ >0. O day
a

lai c6, a# 0 nén diéu kién tro thanh ab<0.
Chon C.

Ham s8 bac 3 ¢b cuee dai, cyee tiéu thi b> —3ac >0 < 4m” —(4m—-1)>0
< (2m-1)>° >0<:>m¢%.

Chon B.
A. Day 1a ham s8 bac 3 ¢6 b* —3ac =25>0. Do d4, ham s8 c6 2 cuec tri.
B. Ham s8 y =x* +3x> +2 ¢4 1 cyec tri.

2
C.Coy'= 2’; *1. 0 vxe R\{0}. Do d6, ham 53 nay dong bién trén timg khoang xéc

x2

dinh ctia né. Ham s& nay khong c6 cuec tri.
D. C6 y'=2017.6x +2016.4x°. Xét y'=0<> x=0. Do d6 ham s nay c6 dung 1 cuec tri.
Chon A.
_ 3
Taco y'= 22 y=0x=1=y1)=2

- V1+4x—x* .
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Cau 46. Chon A.

Tacd y'=3x"—4x+a

D thi ham s8 c6 diém cuc tri la A(1;3), ta cb; {y ()=-l+a {”

S
y(1)=-1+a+b=3 b=3
Khi d6tacod, da—-b=1.
Cau 47. Chon C.

0
y'=3x*—6x, y'=0<:>[x 2.Tacc'):a=y(0)=—2;b=y(2)=—6:>2a2+b=2.
X

Cau 48. Chon A.

Ham s6 trung phwong luén dat cuee tri tai x=0. Do dé: x,x,x, =0.
Cau 49. Chon B.

y'=x"—-4x+4= (x—2)2 >0,Vx € R. Ham s8 khong ¢4 cyc tri .

Cau 50. Chon A.

x
y'=3x"-6x=0 < Z.Véyhémsé'céZCL_rctri.
x

Cau 51. Chon A.
Cau 52. Chon A.
' 3 2 x= O
y'=4mx —2(m+1)x=0<:>2x(2mx —m—l):0<:> )
2mx- =m+1
N g e . m<-1
Ham s6 c6 3 diém cuc tri < m(m+1) >0 <:>[
m>0
[Phwong phap trac nghiém]:
D06 thi ham s6 y =ax* +bx” + ¢ ¢6 3 cuc tri khi va chi khi a va b tréi dau, ticla: ab<0
m<-1

Suy ra: m(m+1)>0<:>[m>0

Cau 53. Chon C.
y'=3x" —4x+m+3. Ham s& khong c6 cuc tri < A’ £0<:>4—3(m+3)£0<:>m2—§

Cau 54. Chon A.

y'=x’-2mx+m+1, y"=2x-2m

y'(-2)=0 {4+4m+m+1=0 {m=_1
=N

Ham s6 dat cuc dai tai x = -2 khi: o
y"(-2)<0  [4-2m<0

ton tai m).
Cau 55. Chon C.
Cau 56. Chon D.

=S0<m<?2

A >0 4—m?
y':mx2+4x+m,ycbt<:>{ Y <:>{ m>0

m>0 m>0
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Cau 57. Chon B.
y'=x"+2mx+m+6
Ham s6 c6 cue dai va cyc tiéu< ' =0 c¢6 hai nghiém phan biét:
m< -2
oSm -m-6>0s {
m>3

Cau 58. Chon A.
y'=3(m+2)x2 +6x+m.Ham s6 c6 2 cuc tri < y' =0 ¢6 hai nghiém phan biét:
e ey me N )
Cau59. Chon D.
y'=x2+2(m+3)x+4(m+3)
Yéu cau ctia bai toan < y'=0 c6 hai nghiém phan biét x,, x, théa man: -1<x, <x,.
m<-3
(m+3) —4(m+3)>0  [(m+3)(m=1)>0 m>1
o (x+1)(x,+1)>0 e{xx,+(x +x,)+1>0e m>—g @—%<m<—3

X, +x,>-2 X, +x,>-2 m< -2

Cau 60. Chon B.
y' =x>+2(m* —m+2)x+3m’ +1, y" =2x+2(m* —m+2)
y'(-2)=0 {—mz +4m-3=0

y'(-2)>0 em=s

Ham so dat cuc tiéu tai x =-2 khi: ,
m —m>0

Cau 61. Chon B.
y' =mx’ —2(m—1)x+3(m—2)

Yéu cau ctia bai toan < y'=0 c6 hai nghiém phan biét x;x, théa man: x, +2x, =1.

m=0 m#=0
"o 6 6 | 6 6
2 6 6 6 6
(m-1)" =3m(m-2)>0 1—7<m<1+7 1—7<m<1+7
3(m-2) 3m—4 3m—4
VN = X = X, =
m m m
Z(m—l) _2-m _2-m
X +x, = ” xZ—T xz_7
X, +2x, = rx :3(711—2) 3m—-4\2-m :3(m—2)
e m m m m
m=2
< 2
m:_
3
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Cau 62.

Cau 63.

Cau 64.

Cau 65.

Chon C.

Truong hop 1: m=0

Ta cé ham s6: y =—x*, ham s6 nay cd 1 cyc tri. Vay m =0 thoa man.
Truong hop 2: m#0

y'=4mx’ +2(m—1)x

\ ~ s o3 ) m—1 m=>1
Ham s6 c6 dung 1 cuc tri < >0
m m<0

<0
Két hop TH1 va TH2, ta c6: {m thoa man.
m=1
Chon C.
y'=4mx’ +2(m2 —4m+3)x
Ham s8 ¢6 3 cyc trj m:&O " (—o0;0)U(1;3)
am so6 ¢6 3 cuye tri < - = o me(-0;0)u(];
; ! m-—4m+3 0 mE(—OO;O)U(1;3)
m
Chon D.
y' =4x’ —4m’x, y'=0 <:>4x(x2 —mz)zO
Ham s0 c6 3 diém cye tri < m =0
Khi d6 3 diém cyec tri ctia d0 thi ham s 1a: A(0;1), B(m;1-m"), C(-m;1-m")
Do tinh chat d6i xtng, ta c6 AABC cén tai dinh A.
, —— m=0
Vay AABC chi ¢ thé vudng can tai dinh A <> AB.AC=0<-m’+m’=0< [ “
m==

Két hop diéu kién ta c6: m==1 ( thoa man).
3

Luu i c6 thé str dung cong thirc l;— +1=0.
a
Chon B.
y' =4x> —4(m+1)x, y=0< 49((9(2 —m—l) =0
Ham so c6 diém 3 cuc tri < m > -1
Khi d6 3 diém cuc tri cta d6 thi ham s0 la:
A(0;m?), B(—\/m+1;—2m—1), C(\/m+1;—2m—1)
Do tinh chéat d6i xting, ta c6 AABC cén tai dinh A.
Vay AABC chi c6 thé vudng cn tai dinh A< AB.AC =0
2 2 4 3 2 m=0
& —(m+1)+(=m* —-2m—1)* =0 < m* +4m’ + 6m +3m:0<:{ )
m=—
Két hop diéu kién ta c6: m=0 (thda man).
Luu 4j: C6 thé lam theo cach khéc:
+) Cdch 1: Goi M la trung diém cta BC, tim toa d6 diém M, AABC vudng tai dinh A
thi 2AM =BC.
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Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

+) Cdch 2: St dung dinh ly Pitago BC* = AB* + AC®
+) Cdch 3: cos(ﬂ,ﬁ) = cos 45’
3

+) Hoac stt dung cong thitc L +1=0
8a

Chon C.

y'=4x° —4mx, y’=0<:>4x(x2—m)=0

Ham s6 c6 3 cuc tri < m >0

Khi d6 3 diém cuec tri ctia d6 thi ham s0 la:

A(O;m4 +2m), B(—x/a;m‘*—m2 +2m), C(x/a;mtm2 +2m)
Do tinh chéat d6i xtng, ta c6 AABC cén tai dinh A.

m=0
Vay AABC déu chi can AB=BC < m+m* =4m <
Két hop diéu kién ta co: m = i3 (thoa man).
N A . b (—2711)3 3 3
Lwu yj: c6 theé stt dung cong thikc 8—+3=0 <:>T+3=0 om’=3om=33.
a
Chon C.
Taco: y= x° —3x. Céc diém cuc tri: A(1;-2); B(-1;2). Nén tacd AB= 2\/5 .
Chon A.

Ta cé: y=ix4—2x2+3

Céc diém cyec tri: A(-2;-1); B(0;3);C(2;-1).
Cac diém cuec tri tao thanh tam giac can tai B. H(0;-1)la trung diém cua AC.

1 1

Nen S —BH.AC=—.44=8.
2 2

AABC T
Chon A.

Ta c6: y'=x> —2mx+2m—1

Ham s8 6 cuc tri < y' =0 cd 2 nghiém phan biét < A'=m’ -2m+1>0<m=1.
Chon A.

Dé ham s6 cd ba cyec tri thi trude hét ham sd phai la ham s6 trung phuong tiec m =0.

Ta cé: y'=4mx’ +2(m2 —9)x = 4mx(x* +m2—).
m

Ham s6 ¢6 3 cuc tri khi va chi khi: y' ¢ 3 nghiém phan biét < 5
m

) O0<m<3
= m(m —9)<O = .
m< -3
A 4 .7 . A N k3 \ O<m<3
Vay cdc gia tri can tim cua m la:
m<-3

Tong hop cdc chuyén dé luyén thi dai hoc Trang 134



Bién soan: Bui Trin Duy Tudn https://facebook.com/duytuan.qna

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

Chon B.
Ta xét hai treong hop sau day:

TH1: m+1=0 <& m=-1.Khidd y:x2+% = ham s6 chi c6 cyc tiéu (x =0) ma khong

c6 cuc dai = m=-1 thoa man yéu cau bai toan.
TH2: m+1#0 < m#-1.Khi d6 ham sd da cho la ham s6 trung phuong ta cé:
= 4(m+1)x® —2mx =4(m+1)x| ¥* - —— |

y'=4(m+1) (1m+1) { 2(m+1)

Ham s6 chi ¢6 cuc tiéu ma khong c6 cuc dai & y' ¢d dang mot nghiém va doi dau tie
4(m+1)>0

am sang duwong khi x di qua nghiém nay < m_ -1<m<0.
2(m+1)

Két hop nhitng gia tri m tim dwoc, tacd -1<m<0.

Chon D.

Tacd y'=3x>—6mx+m-—1.

Ham s6 c6 cue dai, cyc tiéu khi va chi khi PT y' =0 c6 hai nghiém phan biét

Diéu nay twong duwong A'=9m’* -3(m—1)>0 < 3m*> —m+1>0 (dtng véi moi m).

2m >0

_ sSm>1
m 1>0

S5>0
IS
P>0

Hai diém cuc tri c6 hoanh d6 duong < {

Vay céc gia tri can tim ciam la m>1.
Chon D.
Tac6 y'=-3x"+3m, y'=0< x> —m=0(*)

D6 thi ham s6 (1) ¢6 2 diém cyc trj < PT (*) ¢6 2 nghiém phan biét <> m > 0(**)

Khi d6 2 diém cuc tri A(—Mﬂ—zm\%), B(M;Hzm\/%)

Tam gidc OAB vuodng tai O < OAOB=0< 4m’ +m—-1=0<m =% ( thoa man).
Chon D.

Ta cé y'=3x" —6(m+1)x+12m . Ham s6 c6 hai cuc tri <> y'=0 c¢6 hai nghiém phan biét
& (m-1°>0< m=1 (*). Khi d6 hai diém cuec tri la

A(2;9m), B2m;—4m® +12m* —3m +4) .

2+2m-1=0

AABC nhan O lam trong tam <> Sm= —% (thoa (*).

—4m3+12m2+6m+4—§=0

Chon C.
Ta cé:y' = 2x* —2mx—2(3m2 —1) = Z(x2 —mx-3m* +1),
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Cau 76.

Cau 77.

Cau 78.

g(x)=x"—mx—3m* +1 la tam thtic bac hai c6 A=13m" —4. Do d6 ham s8 ¢6 hai diém

cuc tri khi va chi khi y' ¢ hai nghiém phan biét < g(x) ¢6 hai nghiém phan biét

213
m>——

o A>0o B @

213

X

x,, X, la cdc nghiém cua g(x) nén theo dinh ly Vi-ét, ta c6 {

Do d6 x,x,+2(x,+x,)=1 & Bm*+2m+1=1 & Bm*+2m=0 <

AN - A /&) DA A ~ 2 2 2 ~ A A N\ . /4
Doi chiéu véi diéu kién (1), ta thay chi m = 3 thoa man yéu cau bai toan.

Chon B.
y'=3x" —6mx+3(m2 —1)
Ham s6 ludn ludn cb cuc tri voi moi m
) o X, +x,=2m
Theo dinh 1i Viet: R
x,.x,=m" -1
¥ xl—xx, =7 < (2m) ~3(m*~1)=7 = m=+2
x=m+1

Cach 2: y'=0 < x* —2mx+(m2 —1) =0<:>[
x=m-1

XX —X X, :7c>(m+1)2+(m—1)2 ~(m-1)(m+1)=7 < m=+2.

Chon B.
y'=4(m-1)x’—6mx=0 (*)
TH1: Néu m=1, (*) tro thanh: y'=—6x=0 hay x=0,y"=-6<0
Vay m=1 ham s0 dat cuc dai tai x=0
TH2: Néu m =1
x=0
()| o__ 3m
2(m-1)
m—-1<0

Ham s0 co cuc dai ma ko cé cuc tiéu < 3m <O<:>0Sm<1
2(m-1) "

Két hop 2 treong hop: m e [0;1]
Chon C.

tXx,=m

_ 21"
x,x, ==3m"+1

0
2.
3
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D ) o x=0
y'=4x —4(1—m )x, y'=0 <:>|:x2=1—m2

Ham s6 co cuc dai, cuc tiéu khi va chi khi: |m| <1
Toa d6 diém cuec tri A(O;m+1), B(\/l—mz;—m4 +2m* + m),C(—\ll—m2 s—mt +2m? +m)

BC =(—2\/1—m2;0)
Phuong trinh duong thang BC: y+m* —2m* —m=0
d(A,BC)=m"—2m*+1, BC =2V1-m’

=S, :%BC.d[A,BC]:\/l—mZ (m4—2m2 +1) = (1—m2)5 <1

Vay S dat gia tri 1é6n nhat < m=0.
[Phwong phap tric nghiém]

ZB:(\ll—mz;—m4+2m2—1)
A—Cz(—\/l—mz;—m4+2m2—1)
Khi d6 S = %|Z§,Zé| =\1-m’ (m4—2m2+1)= (1—7112)5 <1

Vay S dat gia tri 1én nhdt < m=0.
Cau79. Chon A.

'=6x*+6(m-3)x,y=0 <

Y ( ) Y LzB—m

Ham s6 cO 2 cuc tri <& m#3

Khi d6 d6 thi ham s6 da cho c6 2 diém cuec tri A(0;11—3m)
B(3—m;m3—9m2+24m—16)

@2(3_;71,(3_”1)3),

Phuong trinh dt AB: (3-m) x+y—-11+3m=0

A,B,C thang hang < C e AB . Hay: -1-11+3m=0< m=4.
[Phuong phap trac nghiém]

Budc 1: BAm Mode 2 (CMPLX)

Ly 6x>+6(y—3)x)(12x+6(y-3
Budc 2: y—M:2x3+3(y_3)x2+11_3y_( o (y )x)( X+ (3/ ))
18a 36

Budc 3: Cacl x=1, y=1000

Két qua: —2989 -994009i . Hay: y =—2989 —994009x

Tir d6: ~2989 = ~3m+11, ~994009 = —(m ~3)’

Vay phuong trinh dt qua 2 diém cuec tri AB la: (3 - m)2 x+y—-11+3m=0
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A,B,C thang hang < C e AB

Hay: -1-114+3m=0&m=4.
Cau 80. Chon B.

y'=3x"-3m

x=m
x=—Jm

Khi d6 toa d6 2 diém cye tri ctia d6 thi ham s6 1a: M (M < mm + 2)

N(—\/%;zm\/Eu) :W:(—zﬂ;m\%)

Phwong trinh dt MN: 2mx+y—-2=0

y'=0& . Ham s6 ¢ 2 cuec tri khi va chi khi: m >0

(Hoc sinh ¢6 thé dung cach 1dy y chia choy')

Ta céd: S

AIAB —

L AIB.sin AlB=Lsin AlB<
2 2 2

NN I U
2 7 s+l 2

D&u bang xay ra khi AIB =90° :d[[,MN]z mzlig
[Phwong phap tric nghiém]
Budc 1: BAam Mode 2 (CMPLX)

Ly 6x* -3y (12
Buoc 2: y—%zzx?’_g,yx_i_z_( X 1];)( x)
a

Budc 3: Cacl x=i, y=1000
Két qua: 2—-2000i. Hay: y=2—-2000x
Tte d6: 2000 = -2m,
Vay phuong trinh dt qua 2 diém cuc tri A,B 1a: y=2-2mx hay 2mx+y—-2=0
Giai nhu tu luan ra két qua.
Cau 81. Chon C.
Ta co: y=6x" —6(m+1)x+6m
=0 [x =1
x=m
Diéu kién dé ham s c6 2 diém cuc trila: m=1

Ta cé: A(1;3m—1) B(m;—m3 +3m2)
Hé s6 goc dt AB la: k= —(m—l)2

: =0
bt AB vudng gbc véi duong thang y=x+2 khivachikhi k=-1 < " )
m=

[Phwong phap tric nghiém]
Budc 1: BAam Mode 2 (CMPLX)

' " 6 2_6 1 6 12 —6 1
Buwdc 2: y—u=2x3—3(y+l)x2+6yx_( x (]/+ )X+ y)( X (y+ ))
18a 36
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Budc 3: Cacl x=1, y=1000
Két qua: 1001000 -9980001.i. Hay: y =1001000—-9980001.x
Vay phuong trinh dt qua 2 diém cuc trj AB la: y =m* —m—(m —1)2 x

. =0
Co dt AB vudng goc véi duong thang y =x+2 khi va chi khi < (m—l)2 1| 5
m=

Cau 82. Chon D.
y'=3x—12x+3(m+2), y' =0y =x" —4x+(m+2)=0

Ham s6 ¢6 2 diém cuc tri x,,x, < A'>0<m<2
. , 1 ,
Chia y cho y’ ta duoc: yzgy (x—2)+(m—2)(2x+1)
Diém cuec tri twong tng: A(xl;(m—z)(2x1+1)) va B(xz;(m—z)(sz +1))

Co: y,.y, :(m—Z)2 (4x1x2 +2(x1+x2)+1)
X +x, =4 .
Véi: {xixz :2m+2 nén: y,.y, :(m_z)2 (4m+17)

-17
Hai cuec tri cing ddu < y,.y, >0 <:>(m—2)2 (4m+17)>0 < "

m#2
Két hop dk: —%<m<2.

Cau 83. Chon B.
s {lejy(l):5+m
Tacod: y'=6x"-18x+12, y'=0<
x=2=y(2)=4+m
A(1;5+m) va B(2;4+m)lé hai diém cuec tri ciia d6 thi ham so.
OA=(1;5+m), OB=(2;4+m), AB=(1;-1)

OABlaltamgidce 4-m#2<m#=—6

Chu vi ciia AOAB la: 2pz\/1+(m+5)2 +\/4+(m+4)2 +2
St dung tinh chat [ii|+[d 2 [ii + 5| voi ii =(1;-5—-m) va 5=(2;4+m)

Tu d6 ta co: \/1+(m+5)2 +\/4+(m+4)2 +2 2,/32+(—1)2 +/2 =410 ++2

D4u bang xay ra khi va chi khi i, cung huéng < oom 1 -1
4+m 2 3

Vay chu vi AOAB nhé nhéit bing (v10 +2) khi = —% .

Cau 84. Chon D.

. Ham s6 ¢4 3 diém cuc tri < m >0

x
y'=4x3—4mx,y':0<:{ )
xX=m
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Khi d6 d6 thi ham s0 c6 3 diém cuc tri la:

A(O;m—l) B(\/%;m2 +m—1) c(—M;mz +m—1)

Vi B,C d6i xing nhau qua truc tung nén BC L OA

Do d6 O la triec tAm tam gide ABC <> OB L AC hay OBAC =0
V6i OB = (m,m* +m=1), AC = (~/m, )

Tir do: —m+m2(m2+m—1)=0 @[m . Vay m=1 la gtct.
m

Cau 85. Chon C.
[Phwong phap tric nghiém]
Cach 1:
y' =x"-2mx-1
A'=m*+1>0Vm, suy ra ham s8 ¢4 2 cuc tri Vm.Goi x,,x, la hai nghiém caa pt y'=0

Bam mady tinh:

lx3—711x2—x+m+1—(x2—me—l) X_ M scimeacioon >2003—2000002i
3 3 3 3 3
_2m+3_2m2+2x

3 3

Hai diém cuec tri ctia d6 thi ham so la:

2m+3 2m*+2 | 2m+3 2m*+2
Ax1,3— 3 x, |; B| x,; - X,

3 3

AB* =(x, _xl)z +§(m2 +1)2(x2 —xl)2 =(x, —x1)2(1+§(m2+1)2J

2 4 2
:(4m2+4)(1+g(m2+1)2]:(4m +4)(4”; +om +13):>AB:§\/(m2+1)(4m4+8m2+13)

3 2 _
Cach 2: Sir dung cong thiic AB:\/W i e=b 93ac
—dlll & a a
2 3
e:m +13AB:\/ng\/(m2+l)(4m4+8m2+l3)-
3 a 3

Cdu 86. Chon A.
y'=6x"+6(m—1)x+6m(1-2m)

R N . 1
Ham s6 co 2 cuee tri m # 5

Bam may tinh:

2x° +3(m—1)x2 +6m(1—2m)x—(6x2 +6(m—1)x+6m(1—2m)){§+ m6—1j x=i,m=A=1000

1997001000 — 8994001i = (2.109 ~3.10° +103)—(9.1o6 ~6.10° +1)i

:—(9m2 —6m+1)x+2m3—3m2 +m
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DPuong thang di qua 2 diém cuc tri la: y = —(9m2 —6m+ 1)x+2m3 ~3m’ +m (A)

—(9m2—6m+1)=—4
A=d e osm=1.
2m® —3m*+m=0

Cau 87. Chon A.
[Phwong phap tric nghiém]
y' =3x> +2mx+7
Ham s0 c6 2 cuc tri |m| >21
Bam may tinh:

m

x> +mx*+7x+3- (3x2 +2mx + 7)(% + 3] xoim=AZ1000 6975 1999958 i=

9 9

_7000-27 (210°-42).  (2m’-42)  7m-27
9 9 9 9

2m2—42]x+7m—27 ()

Duong théng di qua 2 diém cuec tri la: y = —( 5 5

2_
ALd@—(y}B:—l@mz:%@m:i,/% (thoa man).

Cau 88. Chon D.
y'==3x" +6x+3(m’ ~1)
Ham s6 ¢6 2 cuee tri m #0, goi x,, x,la hai nghiém ctia phuwong trinh y'=0
Bam mady tinh:

1" +3x* +3(m? ~1) x 3’ —1—(—3x2 +6x+3(n* —1))(%—%)&

—2000002 +2000000: = —(2.106 + 2) +2.10% =2m*x —2m* -2

Hai diém cuc tri ctia d6 thi ham s6 la: A(xl;Zmle —2m? —2); B(9c2;2n12x2 —2m? —2)
AOABvuodng tai O < OAOB=0

S oxx, + (21712x1 —2m* — 2)(21712x2 -2m* — 2) =0

< x,x, +4m'xx, —4m’ (m2 +1)(x1 +ch)+4(7112 +1)2 =0

& (1=m?)(1+4m* )+ 4(m* +1)(1+m* —2m*) =0
<:>(1—m2)(4m4+4m2+5)=0<:> m==1.
Cau 89. Chon A.
[Phwong phép tric nghiém]
y'=3x"-6x-m
Ham s6 ¢6 2 cuee tri m > -3, goi x,, x,1a hai nghiém ctua phuong trinh y' =0, ta cé:
X, +x,=2

Bam mady tinh:
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x® —3x —mx+2—(3x2 —6x— m) L S ETIN
3 3
994 2006 1000-6 200046 2m+6__m=6
3 3 3 3 3 3

Hai diém cuec tri ctia d6 thi ham so la:

A(xl;_zm;exl _ m—6j; B(xz;_2m+6x2 _m—6j

3 3
Goi I 1a trung diém ctia AB= I(l;—m)

2m+6 m—6

2m+6 9
_ =1 m=—2
3 = 2

-m=1-1 m=0

Duong thang di qua hai diém cyec trj 1a: y =—

AlldorA=d
&

Yéu cau bai todn <
led

Két hop véi diéu kién thi m=0.
Cau 90. Chon B.
. 5 ) x=0
Taco: y =4x —4mx:4x(x —m):0 <,
x*=m
Ham s6 da cho cé ba diém cuc tri khi m >0 (¥)
Khi d6 ba diém cuc tri ctia d6 thi ham s0 la:

A(0;m-1), B(—M;—mz +m—1),c(\/%;—m2 +m—1)

Satnc =%|y3 | e x| =m*m; AB= AC=m* +m, BC=2m

=1
ABACBC . (m'+m)2Vm : "
R="T— e  =lem’-2m+l=0c J5-1
4SAABC 4m2\/a m==x= >
m=1
Két hop diéu kién (*) ta co J5-1-
m=———
2
[Phwong phap trac nghiém]
3 m=1
Ap dung cong thie: R=" =80 122 8 ey e NG
PEHnE Cone T gl 8(~2m) m=_1EVD
2
m=1
Két hop diéu kién (*) ta co 5_1-
m=——
2

Cau 91. Chon A.
y'=y=4x"—4m’x
Ham s6 c6 3 diém cuyec tri khi m =0

Khi d6 3 diém cyec tri 1a: A(0;m" +1),B(-m;1),C(m;1)
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Goi I 1a tam duong tron ngoai tiép( néu o) caa ti gidc ABOC . Do tinh chat d6i xing,

ta co:

A,0,I thang hang = AO 1a duong kinh ctia dueong tron ngoai tiép( néu cd) clia tik

gidc ABOC.

Vay AB L OB« ABOB=0<m* —m* =0 @{Zﬁil
Két hop diéu kién m ==1 ( thoa man).

Cau 92. Chon D.

Ham s6 c6 3 diém cuc tri khi m =0

2
Ap dung cong thic S, .. = ﬁ« }—zi , ta co:
a a

b* b 64m* |8m* .
S =— ——:>64=— —@m:ii/i théaman.
AABC 4|a| \" 24 1 \ 2 ( )

Cau 93. Chon B.

Ham s6 c6 3 diém cuec tri khi m >0
Ba diém cuc tri la A(O;m),B(—x/E;m—mz),C(x/a;m—mz)
Goi Ila trung diém cua BC = I(O;m - mz)

L ALBC = m2Jm

AABC:2

S

Chu vi ctia AABC 1a: 2p:AB+BC+AC:2(\/m+m4 +M)

2
Ban kinh duwong tron ndi ti€p AABC la: r= Sampe ___ M m
P Nmemt +m
m2Jm mzx/;(\/mﬂn“ —\/E)
—>1le 7

m<-—1
<:>\/m(\/m+m4 —\/m)>m2 eNmr+m’ >m2+m<:>m2—m—2>0<:{

m>2

Theobaira: r>1<

>1 (vi m>0)

So sanh diéu kién suy ra m >2 thda man.
[Phwong phap tric nghiém]
b’ 4m? m*
=r= =
4|a +~/164* ~2ab° 44416 +16m°>  1+1+m°
o m? (\/1+m3 —1)

Theobaira: r>1eo——>1

1+v1+m® m’

N1+m® >sm+1oaeJ1+m® >m+1<:>m2—m—2>0<:>[

Stt dung cong thitc r =

SleoVl+m® —1>m

m< -1
m>2

So sanh diéu kién suy ra m > 2 thda man.
Cau 94. Chon A.
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Ham s0 c6 3 diém cuyec tri khi m > %
Ap dung cong thiic:
. N . - 2,2 [2 A 2 A
Phwong trinh dwong tron ngoai tieép AABC la: x"+y” —| ———+c |y+c| ——— |=0
b 4a b 4a
Thay vao ta cé phuong trinh:

_ 3 2_ _ _ 4 3 _ _
x2+y2—( 27w’ +75m* —m—15 54m* +75m° +41—27m 11:0(T)

4(3m-1) yr 4(3m-1)
D(7;3) e (T) = 27m* —=78m> +92m> —336m+99 =0

Stt dung chttc ndng SOLVE, tim ra nghiém duy nhat thoa man 1a m=3.
Cau 95. Chon B.

Ham s0 c6 3 diém cuyee tri khi m >0

Ba diém cuc tri 1a: A(0;1—4m),B(—\/Z;m2 —4m+1),c(\/%m2 —4m+1)

Tt gidc OBAC da c6 OB=0C, AB=AC. Vay t& gidc OBAC la hinh thoi chi can thém
diéu kién

OB:AC<:>m+(mz—4lm+1)2 =m+m' <::>(mz—4m+1)2—m4 =0

<:>(m2—4m+1—m2)(m2—4m+1+m2)=0<:>(1—4m)(2m2—4m+1) =

tm).
Cau 96. Chon A.
Ta c6:y' = -3x7 +6x+3(m2 —1) = —3(x2 —2x—-m’ +1).
g(x) =x” —2x—m*+1 la tam thttc bac hai c6 A'=m*. Do dé: y cé cuc dai cyc tiéu
<> y' c6 hai nghiém phan biét
< g(x) c6 hai nghiém phan biét<> A'>0 < m=0 (1)
Khi d6 y' c6 cac nghiém la: 1+m = toa dd cac diém cuec tri ctia d6 thi ham sé la
A(1-m;—2-2m") va B(1+m;—2+2m’).
Ta co: O_A(l—m;—2—2m3) = 0A? =(1—m)2+4(1+m3)2.
5@(1+m;—2+2m3) = OB2=(1+m)2+4(1—m3)2.
A va B cach déu goc toa dd khi va chi khi:
OA=0B < 0A*’=0B* < (1—m)2 +4(1+m3)2 =(1+m)2 +4(1—m3)2

m=0

& Am+lem’ =0 <

£ 1
2
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Cau 97.

Cau 98.

Cau 99.

A - A I’ . A - A ~ 2 1 2 ~ A A N . /4
Doi chiéu vdi diéu kién (1), ta thay chi m = iE thoa man yéu cau bai toan.

Chon D.
y'=3x" —6mx=3x(x-2m), y'=0 < x=0 .
x=2m
D0 thi ham s6 c6 hai diém cuec tri khi va chi khi:2m#0 < m=#0. (1)

Khi d6, cic diém cuc tri ctia d6 thi ham s& 1a A(O;3m3), B(zm; —m3) .
Ta c6: O—A(0;3m3) = OA=3|m3|. )
Tathdy AeOy = OA=0y = d(B,0A)=d(B,0Oy)=2|m|. 3

T (2) va@@)suyra S

1
ons = ;OA'd(B,OA) =3m".
Do dé: S
Chon A.

Ta Cé:y'=4x3—4(m+1)x=4x[x2—(m+1)]

=48 < 3m*=48 < m=+2 (thdaman (1)).

AOAB

Ham s6 c6 3 diém cuec tri khi va chi khi:

y' ¢6 3 nghiém phén biét < m+1>0 < m>-1. (*)
x=0 A(O;m)

Khidg, tacd: y'=0 & x=—Vm+1 = B(—\/m+1;—m2—m—1),
x=~Nm+l C(\/m+1;—m2—m—1)

(vaitro cua B, C trong bai toan la nhw nhau) nén ta gia st:

B(M;_mz_m_l)/ C(—m;—mz—m—l)).
;EE(Zm;O) = BC=2Jm+1.

Dodé  OA=BC & |m|=2ym+1 & m’-4m—-4=0 (A'=8)e m=2+242 (thoa

Ta c6:0A(0;m) = OA=|m

man (*)). Vay m=2+2y2.

Chon D.
y'=3x" —6mx

'x = ? \ ~ 4 . \ . A2 \
yY=0& Dé ham s0O c6 cuie dai va cuc tiéu th1 m=0.

x=2m
Gia str ham s8 6 hai diém cuec tri 1a: A(0;4m?); B(2m;0) = AB = (2m;—4m®)
Trung diém ctia doan AB la I(m;2m’).
Diéu kién d¢€ AB d6i xting nhau qua duong thang y=x la ABvudng goc véi duong
théng (d):y=x va le(d) @{2171—41713 :O<:> "= 2

2m’ =m m=+—=
2
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Cau 100.

Cau 101.

Cau 102.

Cau 103.

Két hop véi diéu kién ta cb: m==+

N.| S5

Chon C.
Ta cd y'=3x> —6mx+3(m* -1)
Ham s8 (1) ¢6 cuec tri thi PT y'=0 cd 2 nghiém phan biét
< x* =2mx+m’>—1=0 c6 2 nhiém phéan biét < A=1>0,Vm
Khi d6, diém cuc dai A(m—1;2—2m) va diém cuc tiéu B(m+1;,-2—2m)
m=-3+2+2
Ta c6 OA=20B < m* +6m+1=0 < I.
m=-3-22
Chon A.
£ 3 2 2 2 x=0
Taco: y'=4x"—4m x:4x(x —-m ):O<:> 5 )
x’=m
Ham s6 (C) c6 ba diém cuc tri < m =0 (*). V6i diéu kién (*) goi ba diém cuc trj la:
A(O;l);B(—m;l—m4);C(m;1—m4) Do d6 néu ba diém cyc tri tao thanh mot tam giac
vuong can, thi sé vudng can tai dinh A.
Do tinh chat cia ham s6 trung phuong, tam giac ABC da la tam gidc can r6i, cho nén
d€ thoa man diéu kién tam giac la vuong, thi AB vuodng goc véi AC.
< AB =(—m;—m4);A—C = (m;—m‘l);ﬁ =(2m;0).
Tam giac ABC vubng khi: BC*> = AB* + AC*> < 4m® =m” +m® +(m2 + ms)
& 2m* (m' 1) =0;=m' =1 m=+1
Vay v6i m=+1 thi thdéa man yéu cau bai toan.
[Phwong phap tric nghiém]
3

Yéu cau bai todn <:>l;—+1=0<:>—m6+1=0<:>m=4_r1
a

Chon D.
Ta c6: y' =m(3x* —6x)

x=0=>y=3m-3 S .
Véimoi m#0,taco y'=0< Y . Vay ham s6 ludn c6 hai diém cuec tri.

x=2=>y=-m-3

Gia stt A(0;3m—3); B(2;—m—3).

m=1
Ta c6: 2AB* —(OA* +OB*) =20 < 11m* +6m—17=0 < 17 (thoa man)
T
m=1
Vay gid tri mcan tim la: 17 .
AT
Chon A.
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Cau 104.

Cau 105.

Puong thang di qua DCD, PCT 1a A, :2x+y =0 c6 VIPT 7, (2;1)
Duong thang da cho A:x+my+3=0 c6 VIPT i, (1;171)

Yéu cau bai toan @cos(A A )=|cos(71 n )|:M=é
o v J5Alm?+1 5
m=2
<:>25(m2+4m+4)=5.16.(m2+1)<:>11m2—20m—4:0<:> 2
m=—-——

11
Chon C.

Ta c6 y’=4x3—8(m—1)x=4x(x2—Z(m—l)).
=0

) nén ham sd ¢ 3 diém cwc tri khi m>1.
=2(m-1)

X
'=0
voos”

Véi dk m>1 d6 thi ham s0 ¢ 3 diém cuc tri la:

A(0;2m 1), B(\[2(m—1);4m" + 10m -5, B(~[2(m~1);~4m" + 10m 5).

AB? = AC? =2(m~1)+16(m~1)’
BC? =8(m—1)

Ta cé:

Dé 3 diém cuc tri cua d6 thi ham s6 tao thanh tam giac déu thi:

AB=AC =BC < AB? = AC? = BC? c>2(m—1)+16(m—1)4 =8(m-1)

m=1
©8(m-1)'-3(m-1)=0 = (m-1)|8(m-1)’-3|-0 B
2

/3
So sanh vdi diéu kién ta co: m = 1+? thoa man.

[Phwong phap tric nghiém]

3 3
Yéu cau bai toén <:>g—+3=0<:>—8(m—1)3+3=O<:>m:1+§
a

Chon B.
Ta cd:y'=6x* —6(2m+1)x +6m(m+1)

xX=m
y'=0& 1:>VmeR,hémsé’lu6ncé CD, CT.
xX=m+

Toa dd cac diém CD, CT ctia d6 thi 1a A(m;2m® +3m* +1), B(m +1;2m" + 3m*)

Suy ra AB=+/2 va phuong trinh dudng thing AB:x+y—2m’ —3m> —m-1=0.

Do d6, tam giac MAB c6 dién tich nhé nhat khi va chi khi khoang cach tiv M t6i AB nho
nhat.

2
3+l d(M, AB)>—L = mind(M, AB) = ——
2 2 2

Ta co: d(M,AB) = dat dwoc khi m=0.
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Chii dé 3 GTLN - GTNN CUA HAM SO
\ S

A.LY THUYET
I. PINH NGHIA

Chohamsé y = f (x) xac dinh trén tap D.

flz) <MYz eD

+ SO M goi la gid tri I6n nhit cia ham s8 y = f(z) trén D néu: {3 €D fa)= M
z, J\Z,) =

Kihiéu: M = m%xf(x).
f(z) >m,Vx € D

+ S8 m goi la gid tri nho nhdt ciaham s6 y = f(x) trén D néu: {3 €D flx) .
z, €D, f(z,)=m

Ki hiéu: m = minf(x).
zeD

II. PHUONG PHAP TIM GTLN, GINN

Tim gid tri I6n nhit, gid tri nho nhit cia ham s6"y = f(z)lién tuc trén K (K ¢6 thé'la khodng, doan, nira
khodng, ...)

1. Tim tim gid tri 16n nhdt, gid tri nho nhdt cia ham s6 bang bang bién thién

* Budc 1. Tinh dao ham f/(z).

* Budc 2. Tim cdc nghiém cua f'(z) va cac diém f/(z) trén K.

* Budc 3. Lap bang bién thién cua f(z) trén K.

* Budc 4. Can ct vao bang bién thién két luan min f (x),m}gx f(z)

2. Tim gid tri 16n nhit, gid tri nho nhdt ciia ham s6 khong si dung bang bién thién

Truwong hop 1. Tap K la doan [a;0]

* Budc 1. Tinh dao ham f/(z).

=  Budc 2. Tim tat ca cac nghiém z, € [a;b] ctia phwong trinh f/(z) = 0 va t4t ca cac diém
o, € [a;b] 1am cho f'(z) khéng xac dinh.

= Budc 3. Tinh f(a), f(b), f(z,), f(a,).

» Budc 4. So sanh cac gia tri tinh dwgc va két luan M = r?e;]x flz), m = I{nlﬁl f(z).

Truong hop 2. Tap K la khoang (a;b)
* Budc 1. Tinh dao ham f/(z).
= Budc 2. Tim tat ca cac nghiém z, € (a;b) cia phuong trinh f(z) = 0 va tét ca cac

diém o, € (a;0) lam cho f’(z) khéng xac dinh.
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* Buoc3.Tinh A = lim f(z), B = lim f(z), f(z,), fla,).

T—a z—b

* Budc 4. So sanh cac gia tri tinh dwoc va két luan M = max f(x), m= I{ub])ﬂ f(z).

Neéu gia tri 1on nhat (nho nhat) la A hodc B thi ta két ludn khong cé gia tri 16n nhat (nho nhat).
> Chay:
mlbnf(x) = f(a)
o Néu y = f() dong bién trén [a;] thi | " .
masc f(x) = /)

min f(z) = f(b)

o3

max f(z) = f(a)'

o]

o Néuy= f(:v) nghich bién trén [a;b] thi

o Ham sd lién tuc trén mot khoang ¢ thé’khong co gia tri 16n nhat, gia tri nho nhat trén
khoang dé.
o Khindi dén gia tri 16n nhat hay gia tri nho nhat cia ham s6 f (ma khong noi 6 “trén tap

K”) thi ta hiéu d6 1a gia tri 16n nhat va gia tri nho nhat trén tap xac dinh caa né.
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B. CAC DANG TOAN TiM GTLN, GTNN CUA HAM SO
I. TIM GTLN, GTNN CUA HAM SO BANG PHUONG PHAP KHAO SAT

TRUC TIEP
1. Phwong phap

D€ tim gid tri 16n nhat, gia tri nho nhat cia ham s6 y = f (z) trén D, talam nhuw sau:
+ Buwdce 1: Tinh f’(x) va tim cac diém z,2,,...,x, € D ma tai d6 f’(x) = 0 hodc ham s6 khong

c6 dao ham.

+ Budc 2: Lap bang bién thién va tir d6 suy ra gid tri 1on nhat, gia tri nho nhat cia ham so.

2. Cacvi du

Bdi todn 1: Tim GTLN, GTNN ctua ham s6 y =-x° +3x+1 trén khoang (0;+w)

Loi giai:
Ham s6 da cho xac dinh va lién tuc trén [0 ;+oo)
‘ ) x=1€[0;+x)
y'=-3x"+3=0&
x=-1¢[0;+x)
Bang bién thién:

x |0 1 +00

y' + 0 -

Y 1/'3\-oo

Ham s6 da cho xac dinh va lién tuc trén R..

Tac6: f'(x)=-2x"+2x" —x+1=—(x—1)(2x4+1).
Khi d6: f'(x)=0< —(x-1)(2x* +1)=0 < x=1.

Bang bién thién:

X —0 1 +00
f(x) .0 -
47
f(x) / %\
—0 —00
C 1 1A » 47
Duwa vao bang bién thién, ta thay: max f ( ) 30
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i . . 1 Mp 1A -8x . .
Bai todn 3: Tim gia tri lon nhat cia ham so f(x) = +31C trén khoang (—oo;l) .
Loi giai:
Ham s6 da cho xac dinh va lién tuc trén khoang (—oo ;1) .
Ta co: f’(x) :M.
(x2 +1)
x=2¢(-0;1)
Khi d6: f'(x)=0<8x"-12x-8=0< 1 :
X=——¢€ (—oo; 1)
2
Bang bién thién:
1 :
X —o0 >
@« 0 -

Dua vao bang bién thién, ta thay: max f (x) =8

Bdi todn 4: Tim gia tri nho nhat ca ham s6 f(x) = /x +l trén khoang (O; +oo) )
x

Loi gidi:
Ham s8 da cho xac dinh va lién tuc trén khoang (0;+).
]
T2 x=1€(0;+o0
Taco: f'(x)= 2« =O<:>x2:1<:>[ 1( i )
2\/X+1 2\/x+1 r=- e( ’+°°)
X X
Bang bién thién:
x 0 1 oo
f’(x) - 0 +

f(x) +OO\ 2 /ﬁo0

Dua vao bang bién thién, ta thay: gur} f (x) =2.

2
N e s N .7 . 7 A, \ 4 . 2 A 2 \ ~ X" =X+ 1
Bdi todn 5: Tim gid tri 1on nhat va gia tri nho nhat cia ham so f (x) =

P +x+1

Loi giai:
Ham s6 da cho xac dinh va lién tuc trén R .
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Ta c6: f(x)zl_Ljff(x):_z(x +x+1)-2x(20+1) g2

X +x+1 (x2+x+1)2 (x2+x+1)2.
Do dé: f'(x)=0«2x"-2=0< x==1.
fim f(x)=1
Bang bién thién:
x —0 -1 1 +00
f'(x) + 0 — 0 +

N 2 - A - A ~ . . _ 1 . _
Duwa vao bang bién thién, ta thay: m]Rmf(x) = g,mﬂgxf(x) =3

Binh ludn: DGi véi bai todn nay, ta c6 thé giai theo cach tim mién gia tri sé trinh bay ¢ phan sau.
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IL. TIM GTLN, GTNN CUA HAM SO BANG PHUONG PHAP DUNG MIEN
GIA TRI

1. Phwong phap

Trong mot s6 bai toan cac em s€ kho khan khi st dung dao ham va vé bang bién thién , ching
ta sé tim kiém phuwong phap khac d€ giai quyét bai toan , mot trong nhiing phuwong phap hay
dung la nguoi ta st dung diéu kién c6 nghiém ctua phuwong trinh bac2: A >0

Hodc v6i phurong trinh lwong gidc co ban A4.sinx+ B.cosx = C, diéu kién d€ phuong trinh c6
nghiém la A+ B*>(C?

2. Cacvidu
2
Bai todn 1: Tim GTLN va GTNN cita cac ham s& y == "X+
x —x+1
Loi giai:
Ham s6 da cho xac dinh va lién tuc trén doan R.
Vixl-x+1#0VxeR
¥ +x+1
Nény="——"— y(x*—x+1)=x"+x+1(y-1)x* - (y+1)x+y-1=0 (*
y=a 1= vl ) (y-1)2*=(y+1)x+y *)

Néu y =1, khi d6 (%) tré thanh: —2x =0 < x =0.
Néu y #1, xem (*) 1a phuwong trinh bac hai an x ta ¢é: A =-3y* +10y—3. Khi d6 d€ (*) cd

nghiém thi AZO@%SyS&

= Tt day suy ra: maxy:3;miny:%.
R R

Bai todn 2: Tim GTLN va GTNN ctia cdc ham s8 y = 25 * +cosx+1

sinx—2cosx+3

Loi giai:
Ham s6 da cho xac dinh va lién tuc trén R.
Visinx—2cosx+3#0VxeR.

N 2sinx+cosx+1 . .
Nén y = = y(51nx—2cosx+3)=251r1x+cosx+1

sinx—2cosx+3

<:>(y—Z)sinx—(2y+1)cosx=1—3y *)
D€ (*) c6 nghiém thi: (1—3y)2 < (y—2)2 +[—(2y+1)}2 = _?1 <y<2.

= Tt day suy ra: maxy =2;miny =—l.
R R 2

Bai todn 3: Tim gia tri 16n nhat, gia tri nho nhat ctia ham s y = J3sinx+cosx

Loi giai:
Tap xac dinh: D=R.
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Ta co: y:\/gsinx+cosx:2sin(x+%j

Ma —1£sin(x+%jsl<:>—2£2sin(x+%j§2 = miny =-2;maxy =2

Bdi todn 4: Tim gid tri I6n nhat, gia tri nho nhat ctia ham s6 y =sin® x +cos’® x

Loi giai:
Tap xac dinh: D=R

3
Ta c6: y =sin® x+cos® x = (sm2 x + cos’ x) —3sin” xcos’ x(sm2 x +cos’ x)
.2 2 3 < .2
=1-3sin” xcos le—Zsm 2x

Ma: OSsianSl@iSl—%sinZZxSl :miny:i;maxyzl :

Bai todn 5: Tim gia tri 1on nhat, gid tri nho nhat cia ham s8 y =2sin” x +5cos” x -1

Loi gidi:
Tap xac dinh: D=R
y=2sin2x+5coszx—1:%:>léys4

Vay ham s6 y =2sin’ x+5cos’x—1 ¢6 miny =1;maxy =4.
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III. TIM GTNN, GTLN CUA HAM SO TREN MOT DPOAN

Dinh li: Moi ham s6 lién tuc trén mot doan déu cé gid tri 16n nhat va gid tri nho nhét trén
doan d6.
Quy tdc tim gid tri 16n nhat, gid tri nhé nhat cia ham s6'lién tuc trén mot doan:
+ Budc1:
Ham s6 da cho y = f(x) xac dinh va lién tuc trén doan [a;b].
Tim cac diém x,,x,,..., x, trén khoang (a;b), tai do f’(x) =0 hoac f’(x) khong xac dinh.
+ Bu6c2: Tinh f(a), f(x,), f(x;), - f(x,), f(b).
+ Budc 3: Khi do:
max f(x) = max{f(x,), f(x,),- f(x,), £ (a), £ (D)}
min f (x) = min{ f(x,), £ (x,),.. £ (x,), £ (a), £ (D)}
Chii yj:
min £(+) - (o
max f(x) = f(b)
min f(x) = £(b) |
max f(x)= f(a)

+ Ham s6 lién tuc trén mot khoang c6 thé khong c6 gid tri 16n nhat, gia tri nho nhat trén

+ Néuy=f(x ) dong bién trén [a b] thi

Néu y=f (x) nghich bién trén [a;b] thi

khoang d6. Vi du: Ham s6 f(x)= 1 khong c6 gid tri 16n nhat, gia tri nho nhat trén
x

khoang (0;1).

Cacvidu
Bai todn 1: Tim GTLN va GTNN ctia cdc ham s6 sau: y = 2x° +3x* —12x + 1 trén [-1; 5].
Loi giai:
Ham s6 da cho xac dinh va lién tuc trén doan [—1; 5]

) x=1&[—1;5]
Taco: y'=6x"+6x-12;y'=0 < .
x=-2¢[-1;5]
Ta c6 bang bién thién ham s6 y =2x> +3x* —=12x+1 trén [-1; 5]:
X -1 1 5
’ B 0 N

Y— /
-6

266
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Ttr bang bién thién ta suy ra: I[I}l?S)](y = y(5) =266; E}l%y = y(l) =—6.

* D6i v6i dang ta nay chiing ta cé thé khong can lgp bang bién thién ma trinh bay 10i gidi nhuw
sau:

Ham s6 da cho xac dinh va lién tuc trén doan [—1; 5].

Tact: y' =62 4612,y =0 0| * 1L
acd: y'=6x"+6x-12;y'=0 .
x=-2¢[-1;5]
f(1)=-6
Talai co: f(—l):14:Eisr}f(x):f(l):—6;r[r_11§15>]<f(x)=f(5):266.
f(5)=266 '

3x-1, .
3 trén doan [0;2].

Bdi todn 2: Tim gia tri I6n nhat va nho nhat chiahamsd: y =
x a—

Loi giai:
Ham s6 da cho xac dinh va lién tuc trén doan [0;2}

Tacod: y'=

<0,vxe(0;2)

2

(x-3)
7 2 oA PN \ ~ 3x_1 A
Ta c6 bang bién thién ham s y = <3 trén [0; 2]:
x a—

x |0 2

!

1

Tt bang bién thién ta suy ra: r[r(};ezt]xy = y(O) = %; I[I(}lzljly = y(Z) =-5.

* D61 v6i dang ta nay chiing ta cé thé khong cian lgp bang bién thién ma trinh bay 10i gidi nhw

sau:

Ham s6 da cho xac dinh va lién tuc trén doan [0;2].

Taco: y'= <O,Vxe(0;2).

2

(x-3)

= ham s6 nghich bién trén doan [0;2].

; miny :y(Z) =-5.

‘. _ _1
Do do: I[I(}g]xy—y(O)—g

Badi todn 3:

x*-3x+6

Tim gia tri 16n nhat va gia tri nho nhat cia ham s f (x) = trén doan [2;4] )

x-1

N e

Loi gidi:
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Ham s6 lién tuc va xac dinh trén doan [2;4]
_x*-2x-3

(e-1)

Suyra f'(x)=0<x*-2x-3=0<

Dao ham f’(x)
x=-1g(2;4)
x=3e(2;4) .

Taco f(2)=4; f(3)=3; f(4):§.
Vay maxf(x):4 khi x=2; minf(x):3 khi x=3.

xe[2;4] xe[2;4]

Bdi todn 4: Tim gia tri I6n nhat va nho nhat chaham s : y =f(x)=+vx -2 +/8-x .

Loi gidi:

Ham s6 da cho xac dinh va lién tuc trén doan [2;8].
11

20x—-2 24/8-x

Tacod: y'= ,Vxe(2;8).

B>0
y'=0e8-x-x-2=0 <+8-x=+x-2 (c()dqngx/Z:x/E@{A 5

x—22>20

Q{ <:>x:5€(2;8),
8—x=2-x

£(2)=+6; f(5)=2/3; f(8)=+/6

Do do: r[r;%]xyzy(5)=2\/§; I[IZI;isﬁly=y(2)=\/g.

Badi todn 5:

N .7 . 7 A, \ .7 . 2 A, k3 N ~ . A ”
Tim gia tri Ién nhat va gia tri nhé nhat caia ham s6 f (x) =x++/2sinx trén doan [—E ; O} .

N e

Loi giai:

\ - . s A N V4
Ham s6 da cho xac dinh va lién tuc trén doan {O; E}

Ta co f'(x)=1+\/5cosx.
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Bai todn 6: Tim gid tri 16n nhat va gia tri nho nhat cia ham sd y =2sinx+cos2x trén doan

[0;7[]

Loi giai:
Ham s6 xac dinh va lién tuc trén doan [O;;z] )

Paoham y'=2cosx—2sin2x.

Suyra y'=0 < cosx =sin2x <> cosx :cos(%—2xJ

x:£—2x+k27r x=£+k2—7r
& 2 = 6 3 (keZ).
Vs Vs
x=2x——+k2x x==—-k2r
2 2
Vi xe[O;;z] nén ta chon xzz; x=5—”; x:E
6 2

Taco y(0)=1, y@:%; y@:. ( j % (e

Vay maxy—g khi x=2 hoac x—5—7z; miny =1 khi x=0, x I hoac x =r.
er:O ﬂ'] 6 6 16[0:77] 2

Bdi todn 7: Tim gia tri 16n nhat va gia tri nhé nhat cia ham s6 y = V2 cos2x +4sinx trén doan

037
4

Loi gidi:

. N < 1en N 3z
Ham s6 xac dinh va lién tuc trén doan [O;Z]

Paoham y'= ~2/2 sin2x + 4 cosx = —4cosx(\/§sinx—1).
Suyray'=0< —4cosx(\/§sinx—1)=0

cosx=0 =" sknr

Al 1 & Jkel.

Smx:ﬁ x:%+k27r;x=%+k27r

Z 377

X =

Vi xe{o;%”} nén ta chon x = zx
Tac6 y(0)=+2; y( ] 22; y( J 4-2; y(e’”j 202.

Vaymaxy 202 kh1:1:——hoacx——; mmy 2 khi x=0.

L ! tolr]
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2
Bdi todn 8: Tim gia tri I6n nhat va gia tri nho nhat chiaham s6 y = (2 sinz + 1) + 2 trén doan
_r.r
272

Ham s6 viét lai y =4sin® x +4sinx +3.

Loi gidi:
Pao ham y'=8sinxcosx+4cosx=4cosx(251nx+1).
Suy ra y':O<:>4cosx(ZSinx+1):0

cosx=0 x=t

i
== 1 2(do xe[—z;—}).
smx:—E i 2
6

2
N\ e ’ N 7 .“7 . 2 A A? .7 . 2 A, 2 \ A x_m +77’l
Badi todn 9: Tim cac gia tri cia tham s6 m dé€ gia tri nho nhat cia ham s6 f (x) T
X+

trén doan I:O; 1] bé“mg -2.

Loi giai:
Ham s6 xac dinh va lién tuc trén doan [0; 1].

2
3
—_— +7
Dao ham f'(x)z m(zx—:;z):rl =[ (xig)z 4 >0, Vxe[O;l],Vme]R

Suy ra ham s0 f (x) doéng bién trén doan [0;1]
nén I[I(}}?f(x)Zf(O)Z‘mz +m.

m=-1

Theo gia thiét ta ¢ : —m2+m=—2<:>m2—m—2=0<:>[ )
m=

Vay m=-1 hodc m=2 thoa yéu cau bai toan.

Bai todn 10: Tim gia tri 16n nhat cua ham s& f(x) = |x3 +3x* —72x+ 90| trén [—5;5].

Loi giai:
Xétham s6 g(x)=x*+3x* —72x+90 trén [ -5;5 |
Ham s6 g(x)xéc dinh va lién tuc trén doan [—5; 5]

Pao ham g'(x)=3x"+6x-72
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x=4 e[—5;5]

g(x)=0e x=—6¢[-5;5]

Tinh cac gia tri g(5 )——70 g( 5) =400, g( )=—86.

)I 5(4) =3

Suy ra |g |

Vay Maz f(x)= %za-f]ﬂ

||g )|} =400 khi x=-5.
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IV. TIM GTLN, GTNN CUA HAM SO, BIEU THUC BANG PHUONG PHAP
DAT AN PHU
1. Phwong phap

Bai toan: Tim gia tri 16n nhét, gid tri nho nhat ctaham s6 y = f (x) (biéu thirc P(x)) trén D.
+ Buwéc 1: Bién d6i ham s§ (biéu thic) da cho vé dang y = F(u(x)) (P(x)=F(u(x)))
+ Budc2:Djt t= u(x). Khi d6, ta im dwoc t € E véi Vx e D.
+ Buwdc 3: Viéc tim gid tri 1on nhat, gia tri nho nhat cia hamsd y = f (x) (biéu thitc P (x))
trén D quy vé viéc im gid tri 1on nhét, gid tri nho nhét ciia ham s8 F(t) (biéu thic F(t))

trén E.

2. Cac vi du

Bai toan 1:
Tim gié tri 16n nh&t va gi4 tri nho nhét caa ham s8 y =(2sinx+1) +2 trén doan {-% ﬂ .

N e

Loi gidi:
v . . T A
bat t=sinx. Vi xe|-—;— | nén te[—l;l].
2°2
\ A~ 2 \ 2 2
Ham s6 tro thanh y=(2t+1) +2=4£> +4t+3, te[-1;1].
Daoham y'=8t+4.

Suyray':0<:>8t+4:0<:>t:—%e[—1;1].
, R B _
Taco y(-1)=3; y( 2J 2; y(1)=11.

4 1 4
Vay max f(t)=11khi t=1,suyra x=—; min f(f)=2 khi t=-—,suyra x=——.
Y max /(1) y 7 i) 2 6

1+sin® x + cos® x

Bdi todn 2: Tim gid tri 16n nhat, gia tri nhé nhat cia ham s6 y=—— -
1+sin” x+cos” x

Loi gidi:
3., 3
1+1—Zsm 2x_2—§(1—Cos4x)_13+3cos4x
) 14 +2cos4x

Ham s6 dwoc viét lai: y = 1 =—

1+1-—sin®2x 2——(1-cos4x
2 4

bat t=cos4x, -1<t<1.

Ham s6 f(t) = i:ii

xac dinh va lién tuc trén [—1;1]

16
"t)=——>0,Vte|-1;1|.
f (t) (14+2t)2 >0,Vt [ 1 ]
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Suy ra ham sd tang trén [—1;1].

Vay Maxy = Maxf() 1khit:1<:>x:k?”,keZ.

xeR [ 1. 1]

Min y = Min f(t):g khi t=—1<:>x=%+k7ﬂ,keZ.

xeR te[—l;l]

Bai todn 3: Gia tri 16n nhat cia ham so f(x) =sin’ x+sin’ x—5sinx +1 1a?

Loi giai:
Dat t=sinx=te [—1;1].
Ham s8 da cho tré thanh g(t)=t*+#* -5t +1.
Khi d6, bai toan tro thanh: Tim gia tri 16n nhét cia ham s6 g(t) = +1*—5t+1 trén doan [—1;1]
Xét ham so g(t) = ++* -5t +1 xac dinh va lién tuc trén [—1;1]

2 t=1¢(-1;1)
g(t)=3+2t-5=0< 5

t:—ge(—m)'
T { (-

-1
(1)

Bdi todn 4: Goi M, m lan lugt la gia tri 16n nhat va gia tri nho nhat ctia ham s6

l2 =>r[n1al>]<g( ) 8(_1)=63mRaxf(x):6

_ .6 _ 2 3 A 1. . , > /\/M M
f(x)—x +4(1 x) trendoan[ 1,1].Kh1 do, ti sO - bang ?

Loi giai:

Pat t=x>.Vixe [—1;1] nén t e [0;1].
Ham s8 d cho tro thanh g(t) = +4(1-1) =3 +12> ~12t +4 véi t €[ 0;1].
Xét ham so g(t) =-3t> +12t* — 12t + 4 x4c dinh va lién tuc trén véi [0;1] .

’ 2 2 tZ—E(O,l
g(t)=-9+24t-12=0 -9 +24t-12=0<| 3
t=2¢(0;1)
§(0)=4 _ o(0) =
(2) . %?i(g(t)—g(())—ﬁl r[{llé;il)](f(x):4:M M
Ta co: g(gj §:> 2\ 4= 4 :Z=9
%ﬁ?g(t):g(§]:§ minf(x)=g=m

Bdi todn 5: Goi a la gia tri 16n nhat cia ham s& f(x) —Jx 42— x +242x—x* trén doan

[0;2]. Khi d6, log, 24/2 c6 gid trj bing ?

Loi gidi:

it t=Jx+V2—x.
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Vixe [O;Z] nén te [x/E;Z]

Suy ra: £ =x+2x\2—x +2—x < 2y2x— x> =2 -2,
Ham s8 da cho tré thanh: g(t)=t"+£-2.

Khi 6, bai todn tro thanh: Tim g tri In nhit ciia ham s8 g(f)=#*+¢-2 trén doan [v2;2 .
Xét ham s6 g(t) =t* +t—2 xdac dinh va lién tuc trén vdi [\/5;2]
Taco: g'(t)=2t+1>0 véi Vte(ﬁ;z)
Suy ra, ham s6 g(t) doéng bién trén doan [\/E ;2]
. _ _ A _ _3
Do do: ﬁﬁjg(t)—g@)—élzr[rgg]xf(x)—él—a:loga 2\/5—10g4 2\/7—2.

Binh ludn: Sau khi doc xong 10i giai trén sé c6 nhiéu ban doc thic mic 12 tai sao chung toi biét

dwoc “Vi z € [0;2] nén te [\/5;2}”?

1 1
Giai dap: Tt phép dit an phu £ =x +2—x =h(x), ta cd: W' (x)=——————.
pr PP P () (x) Wx 242-x
1 1
Khidé: ' (x)=0o ——=—— o Jr=\2—xox=2-x=x=1<(0;2).
() 2Wx 22—« (0:2)

h(o):\/5 r[ninh(x)=\/5

—2<n(x)<2=2<t<2.

o P rayty’ o, e e s
Bai toan 6: Cho biéu thiec P=——"—"- vGi x" +y~ # 0. Gia tri nho nhéat cua P bang?
X" —=xy+y

Néu y=0 thi P=1 (1)

2

X’ —xy+y° [ jz
y

Détt:i,khidé: P=f(t)=

2
) ) (xj + +1
Néu y=0 thi p=> "WYY _\Y
X

 f(t)=———5=02+2=0t=11.

Bang bién thién:
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Duya vao bang bién thién ta c6: P= f(t)>

(2)

W=

T (1) va (2):>P:f(t)2%:>minP:%

Bai todn 7: Cho hai s6 thuc x,y théaman x>0;y>0 va x+y=1. Gia tri nho nhat va gia tri

16n nhét ctia biéu thite P =——+—— 132
y+1 x+1
Loi giai:
2
x(x+1)+ +1 x+y) —2xy+1 -
Tacé: P=—> +- ¥ - ( ) y(y ):( y) yrl_2-2wy (Vix+y=1)
y+1 x+1 (x+1)(y+1) xy+x+y+1 2+xy

D3t £ = xy. Ham s3 da cho tro thanh g(t)= 2=

2+t

Vix>20;y>20=1t20.
Mat khac, vi 1:x+y22\/g<:>xy£%:>tsi.

Khi d6, bai toan tro thanh: Tim gia tri 16n nhat ctia ham s6 g(t) = % trén

1
0;—].
+t

4

Xét ham s6 g(t) = 22_ 2: xac dinh va lién tuc trén {O;i}.
+

Ta co: g(t) =

2

<0 vdi Vte (O;lj
(2+1) 4

= ham so g(t) nghich bién trén doan {O;i}.

milng(f)=g(1}3 |
Do dé: | 15, JminP=
mixg(t)zg(()):l max P =

"4

2
3
1

Bai todn 8: Cho cac s thuc duwong x,y,z théa man: x* +y* < xz+yz—2xy. Gia tri nho nhat
ctia biéu thire: P = S(x4 +y' +z4) L4+L4+i4 1a?
4x" 4y° z
Loi giai:

Két hop bat dang thitc AM —GM va bat dang thitc Cauchy — Schwarz ta cé:

2 2 2
8(x4+y4+z4)£i4+i4+l4j28 —(x +y) 4o [ 1 +lj

4x* 4yt z 2 2x%y* 2

(x+y)4 8 1 xX+y ! z )
>8| ——+z* — :{ j +64 +16.

xX+y
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4
Biéu thitc P cua ta bay gio chi chita mét bién duy nhét ¢ = (ﬂ] . Bay gio quay tro lai diéu
z

4
- A A? N\ 2 9] Ay \A - A 14 x +
kién dé tim khoang chan cho t. Ttr diéu kién ta c6: x+y<z < [ y] <1.
z

Khi d6 ta ct: P2 40 +16. Xétham sS (1) =t+°2+16, ['(t) = 1- % <0. Do do ham s§

f(t) nghich bién trén (0;1]. Suy ra f(t)= f(1)=81.
Vay MaxP =81 dang thitc xdy rakhi z =y =1 va z=2

Bdi toan 9: Cho x,y,z la cac sd thuc thoa man 1-2J2 <x< —1+2x/§,y >0,z>0 va

x+y+z=-1.Gid trj nho nhét cia biéu thire: P=— 1 +— 4 L1
(x+y) (x+z) 8—(y+z)
Loi gidi:
, 1 1 1 1 1 1
Taco P= >+ >+ > = ~+ —~+ -
(—1—z) (—1—y) 8—(—1—x) (1+y) (1+z) 8—(1+x)
Ta sé chirng minh 1 + 1 > 1

(1+y)2 (1+z)2 S l+yz

That véy: (1+1y)2 . (132)2 > 1+1yz & (Lryz)| (1+2) +(1+y) |2[(142) (1+9) ]

o (1+yz)(2+2z+2y+22 +y?) 2 (1+zy+z+y)
= 2(z+y)(1+zy)+2(1+yz)+(1+2y)(y—2) +22y(1+y2)
2(1+zy)2 +2(z+y)(1+zy)+(z+y)2
& (Lrzy)(y—z) +2+4yz+2y*2> —(1+yz) —(y-z) ~4yz20
< yz(y-z) +(1-yz) 20 (hién nhién dung).
Dau “=” xay rakhi y=z=1.

“1-x) (1+x)

2
Ta lai cé y-i-Z2 < Yy+z :( _
alai co 5 \/y; =Yz ( 5 N 1

Dod —+ 4+ L > ., 1 _ 14

(1+y) (1+z) 1*yz (1+x)  4+(1+x)
4

1+

P> 4 >+ 1 >
4+(1+x) 8—(x+1)

Do —1—2\/5 <z < —1+2x/§ nén (x+1)2 6[0;8).

< \ 4 1
bat t:(1+X)2 :>t6|:0,8) va P Zm+a
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: L 4 1 —3t2 + 72t — 240
Xét H=———+—VvOi ¢ 0,8 () =— N _
v SR I (4+t)2 (S—t)2 (4+t)2(8—f)2
f'(f)=0c>—3t2+72t—240=0c> t=4 .
t=20 (logi).
Bang bién thién:
X 0 8
ol - ;
9 +00
/(1) g T— % /
(1+x)2:
Do do sz(t)zé Vépzé khi {y=z=1 <:>{x:—3
4 4 y=z=1
x+y+z=-1

Vay MinP:% khi x=-3,y=z=1.

Bai todn 10: Cho z,y > Othéa man = + y = 4. Tim GTLN, GTNN ctia S = <x3 - 1)(y3 - 1).

Loi gidi:
2
Détt = zy,suyra0 <t < (x—;y) =4.
Tacd S:(xyf —(z+y) (x+y)2 —3ayl+1=1¢ —4:[4:2 —3t}+1:t3 + 12t — 63.

Xétham f(t)=t*+12t — 63, voi t €[0;4]. Taco f'(t) = 3> +12> 0 V¢ € [0;4] = f(t) dong
bién trén [0; 4]. Do do:

e minS =min f(t)= f(0) = —63, dat duockhi va chi khi

t€0:4)

=4
i;‘:?/() (x;y) = (4;0) hoac (x;y) = (0;4).

e maxS = maxf(t) = f(4) =49, dat duwoc khi va chi khi zy+:y4: 4 & (x;y) = (2;2).

tef0s4]

Bai todn 11: Cho =, y > 0 théaman 2” +y* = 2. Tim GTLN, GTNN ctia S =z + y — zy.

N e e 2

Loi giai:
batt=s+y= t>0.Tacd

t2:($+y)2§2(:132+y2):4 - t<2,

t2:(ﬂc—|—y)2:x2+y2—|—2xy2x2—|—y2:2 ey
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Suyrate [\/5;2}. Lai co

2 0 2
my:(m+y) 2($ +y):%t2—1 = S:f(t):—%t2+t+1.

Tacd f'(t) =~ +1>0 véimoite(\/E;Q) (2)=1, f(l):g.Dodé

T+y=2 =1
. minS:f<2>:1,datdu’QC<:> s & .
T4y =2 y=1
1-43 1443
3 r+y=1 T = 9 T = 9
° maXS:f(l):—,datdu’QC@ ) ) & hoac .
2 Tty =2 1++/3 1-+3
Y= 5 Y= 5

Bai todn 12: Cho z, y > 0 thoa man z° + y* = 8. Tim GTLN, GTNN ctia § = % n 11 :
y X

Loi giai:
batt =z +y, ta co:

(x+y)2§2<x2+y2):2-8:16 = t <4,
(x+y)2:x2+y2+2xy2x2+y2:8 = 1 >N2.

(x+y)2—(x2+y2) _ 23

Suyra2\/§§t§4.Laicé:x-y: 5 :

Ta c6 bién d6i sau day:

_x(x+1)+y(y+1) _(a:+y)2+(a:+y)—2xy_t2+t—(t2—8) _ 5 t+8

(y+ 1)z +1) T4y+ay+1 = 42t -6
2

t+8
t* +2t—6

(t2+2t—6)—(t+8)(2t+2>:—t2—16t_222<0, Vii2v2 <t <4.

Xétham f(t) = v6i 242 <t <4.Tacé:

-

<t2 1ot 6)2 (t2 1ot — 6)

Suy ra f nghich bién trén [2&;4].130 d6 min f(t)=f(4) :%. max f (1) = f(2\/§) — .

tel?ﬁm}

$2+y2:8

+) S > 2. min f(t):%’défubéngxéyra = {x+y=4

& r=y=2.Vay minS:é,dat
t€[2x/5;4} 3

duoc & z=y=2.

+) § <2- max f(t):4\/5,dé'ub§mgxéyra &

r,e[2\/§ 4}

{x2+y2=8 {IEZO . {szx/E

& hoac
x+y=2\/§ y=2\/§
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:L‘:O . $:2\/5
=0 :

Vay max S = é, dat duvoc & hoac
3 Yy = 2\/5

Bai toan 13: Cho z, y > 0 thoa man z + y + zy = 3. Tim GTLN, GTNN cuta

2 2

x v 1

S = + .
y+1 z2+1 z4+y+3

Ditt=x+y = P2
3<t+

Ta co
3 2
x:5+y3—i—x2—i—y2_ 1 B (37+y) _35’7?J<$+?/)+<37+?/) —237?/_ 1
(m—l—l)(y—i—l) r+y+3 :py+(:17—|—y)+1 T+y+3

:t3—3(3—t)t+t2—2(3—t)_ 1 ﬁ 2 Tt 1 3

(B—t)+t+1 r+3 4. 4 t+3 27

S =

Xét ham f(t)zg—i—f o1 3 te[23].

Taco f' () 3t +2t—z+

4 1 (t+3)

>0, Vt€[23] = f(1) dongbién trén [2;3].

Do d6:

W

° S:f()>f():g Dau “ ”xéyra@{iiz:zy:i%@x:y:l

4
= minS:g,DatduQC@ r=y=1.

° S:f(t)§f<3):% Dau “ xéyra@{

z+y=3 = =

T+y+ay=3 [:czo y [:c:
& hoac

=0 =3
= max$s = ﬁ, Dat duvoc < * hoac .
6 y=3 y=20

Bdi todn 14: Cho z, y théaman z° + zy + 3> = 1. Tim GTLN, GTNN ctia S = 2 — zy + °.

Loi giai:
(x + y)2 3(:6 + y)2
Cich 1. Tt gia thiét suy ra 1 = (x + y)2 -y > (x + y)2 — = :

1 1
2\/— 2\/_

3

Do 6, néu dit ¢ = (z + y) thi %tQ <1, hay te

2
Ta c6 xyz(x—i—y) —1=t"—1,suyra
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S:(a:+y)2—3xy:t2—3(t2—1):—2t2+3.

23 zx/_

Xét ham f( )_—22? +3voite

N 3 3 3’

co f'(t) = —4t, f'(t) c6 nghiém duy nhat

Do dé6

e minS = %, dat duoc ch.:fmg han khi

23 N 23 n 23 L
Ty = 3 & 3 & 3 @(m,y):[—;—]
2 2 1 3 3
T Aryt+y = (x—l—y) —ay=1 :cy:§
Tty =0 Ty = t+y=0
e max$ =3, dat dwoc khi va chikhi { , ) & 9 &
o try+y =1 (+y) —ay=1 zy =—1
& (x;y) = (1;—1) hoac (x;y) = (—1;1).
Cach 2. TacoS—ﬂ
z’ +xy+y
° Xét y=0.Khidoé S =1.
. Xét y = 0. Chia ca tt vamau ctia S cho y° va déttzf,ta duoc
)
_t2—t+1_1_ 2t
£ +t+1 2t +1
217 —1
xétham £(1)=1-—2 s o) ==
+t+1 (£ +t+1)
Bang bién thién ctia ham f(t):
t —00 -1 1 +00
f(t
o, .. )
lim f(t): lim |1— 4 =
3 t—do0 t—=o0 1+1+i
3
Suy ra:
X
Z 1
+) minS = l, dat dwoc & {1y & (x,y) = {L,L hodc < (gg,y) = [_L;_i]
3 Hzy+y =1 3 V3 3 3
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+) max S = 3. Pat duoc khi va chi khi Z = & (:c;y) = (1;71) hoac (x;y) = (—1;1).

Ay +y =1

3
Bai todn 15: [PHB09] Cho @, y thoa man (z +y) + 42y > 2. Tim GTNN cua

A= 3(:1:4 +9! +x2y2)—2(;1:2 +y2) +1.

N e

Loi giai:

Ap dung bat ding thic (a +b° + ab) > a+b2Véia:$2,b:y2 ta duoc
p g g

| o

—

(x4+y4+x2y2)2%(x2+y2)2 N A22x2+y2)2—2(@’2+y2)+1.

Tt gia thiét, ap dung bat dang thikc 4zy < (x+y)2,ta co
(:1:+y)3—|—(:1:—|—y)2 >2 & (x+y—l)[(x+y)2+2(x+y)+2}20 S rx+y>1
(do (¢ +y) +2(z+y)+2=(c+y+1) +1>0 Va, ).

v 2 2 t2<x+y)2:l
batt=2"+y = 2 2 .
Azf(t):%tQ—QtJrl

Xét ham f(t):9t2—2t+1, t>1 Tacs f'(t):gt—2>0 it
4 2 2 2
- a a1 1l 9 1
= f(t) dong bién trén 5,+oo = f(t)zf 5]—E WZE'
r=19
, , 11 . 1 1
Nhu’véySZg,déu “="xayra < 1 & (m;y): —;=| hoac (fc;y): —=—=].
16 ;172—{—y2 = — 22 2 2
2
w9 U B O TV S I
Vay min S = T dat duwoc & (:E,y) = [5,5 hoac (fc,y) = [—5,—5].

Bai todn 16: [DHB12] Cho céc so thuc =, y, z thoa man cac diéu kién z +y +2 =0 va
2’ +y° +2° = 1. Tim gid tri nho nhéat cta biéu thie P = 2° +y° + 2°.

Loi gidi:
Tez+y+2z=0suyra z = —(z + y), thay z = —(z + y) vao dang thirc thit hai cta gia thiét, ta

duoc 1:x2+y2+(:1:—|—y>2 :2(x+y)2—2xy22(x+y)2—%(x+y)2 :é(:x—ky)?

2
V6 Vo

Y

3 3

. 2t -1
, Ty ;-

. . , 3
Dodo,neudatt:x+ythltaCOEtZ§1 sSte
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Bién doi: P ="+’ —($ —i—y)5 = (xs + ys)(:EQ +y2) — %y’ (x +y)—<x +y)5

= (x+y)3—3xy(x+y) (x+y)2—2xy —x2y2(x+y)—(z+y)5
2
:[t3—3-2t2_1-t pog. 21 —[2t2_1] t—t =—§<2t3—t).
2 4

Xét ham f(t):—g(%?’ —t),véi t € —£ £
Ta co f'(t):—%<6t —1) c6 hai nghiém la t—i% —@ ?6
o S8 A A
Vay mmP——i datc?Iu’OCchanghankmar:—y—\ég z:—?.

Bai toan 17: Cho z, y, 2> 0 thoaman z +y + 2z < g Tim GTNN cua biéu thirc

1 1 1
S=2*+y" +2° +—+—+-
Py vz Fa

Loi giai:
‘ , . 1
Détt:%/xyz.Tacot>0Va22$+y+z23§’/ﬂcyz = t§§.Suyrat€

1
O;—k
2
1 1 1 1 1 1 3 3
Lai co: 2 +y° + 2° >3s/xyz = 3t%, —+—+T>337-T-T:—:—3
Ty Yz 'z Ty Yy 2x  wyz i

= 5>3
O;lk
2

<0 Vte[ol
2

1
2
t+t—3

Xétham f(t) =" +ti3 véi t €

Ta c6 f'(t)th—t%: 2 3

,suy ra f nghich bién trén [O;ﬂ .

T=y=2z

1 99
Vay min S = 3f|—| = —, dat dwoc khi va chi khi S r=y= —.
Y [2] 1 dfaye =1 "2

Bai todn 18: [DHAO03] Cho z, y, z > 0 thoaman z + y + z < 1. Chttng minh réng:
\/x2+%+\/y2+%+\/z2+%2\/872. (1)
x y z
Loi gidi:
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Xét g[x;l], g[y;—
x

1] - 1
;s ClZ5—
Yy z

>

, - - 1 1 1
,tacd a+b+c=|x+y+z;—+—+—|.
X y z

a

—|

b

—|

Tt + c>la+b+c

2
1 1 1 > (1.1 1
\/x2+—2+\/y2+—2+\/22+—2 Z\/(x+y+z) +
x Y z

+ suy ra

Ty oz

bén day ta c6 hai cach di tiép:

’ A A~ 9 7 A e ’ p 1 1 1 1
Cich 1. Ap dung bat dang thitc Co-sitacod:  +y + 2 > 3ayz, —+—+—> 33/— .
T Yy oz TYZ

Do dé: VT (1) > ‘/9t—|—%,vé>it: (@)2

2

<.
9

Taco 0<t< Ytz

Xeét f(t) = 9t+% véi t € [0;% .

Ta co f'(t):9—t%<0 Vit e

1 1
0;—| = f(t) nghich bién trén |0;—|.
9] f( ) nghich bien tren [ 9]

= f(t)> f|-|=82 = VT(1) > Ji(t) > V&2 ®PCM).

1
9

2 2
Ciich 2. ($+y+2)2+[1+1+1] = 81($+y+z)2+[%+§+§] —80(z+y+2)

2
2 oo of L1

—80(z+y+z)

>18(x+y+2)

1 1 1
T Yy Z

—80(z+y+2) >18.9 80 = 82. Tir d6 suy ra dpem.
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Bai tap tuy luyén
1. [PHDO09] Cho z, y > 0 théa man z + y = 1. Tim GTLN, GTNN cua

S = (4:172 + Sy) (4@/2 + 3:1:) + 25zy .

2.Cho z, y >0 théaman « + y = 1. Tim GTLN, GTNN ctia § = —— + —¢ .
y+1 z+41

3.Cho z, y >0 thtaman z +y = 1. Tim GTLN, GTNN cua

S = (352 —1)(y2 —1)—\/x2 +” 1.
4.Cho z, y >0 théaman z + y + zy = 3. Tim GTLN, GTNN cta
6
=2 4+ Y 4 .
r+2 y+2 z4+y+1
5.Cho z, y théaman 2* 4+ y* = 1 + zy. Tim GTLN, GTNN cuta biéu thttc S = z* +y' — z°y°.

S

6. Cho z, y théaman z° +4° = 1. Tim GTLN, GTNN ctia biéu thitc S =1+ 2 ++1+y.
7.[DHD12] Cho z, y théaman (¢ —4) +(y—4) +2zy < 32. Tim GTNN ctia
A=2"+7vy° +3(xy—1)(x+y—2).

8. [PHA06] Cho z = 0, y = 0 thoa man (x + y)zy = 2° + y* — 2y Tim gid tri 16n nhét ctia bidu

thec A = % + %
T Y
. 2 (:1:2 + 6my)
9. [DHB08]Cho z, y thdoaman z* + y* = 1. Tim GTLN, GTNN ctia biéu thitc P = —
14 22y + 2y

10. Cho z, y théa man z* + 3> 4+ zy = 1. Tim GTLN, GTNN cta biéu thiec S = 2° + 2zy — 3
11. Cho z, y théa man 2z° + ¢° + zy > 1. Tim GTNN cuta biéu thic S = 2* + 3°.

12.Cho z, y, 2> 0 thdaman z + y + z < g . Tim GTNN cua biéu thttc

1 1 1
S=z+y+z+—+—+—.
T Yy =z

13. [DHB10] Cho a, b, ¢ > 0 théaman a + b + ¢ = 1. Tim GTNN cua biéu thic
M= 3(&262 +b°c + cZaZ) + 3(ab +bc+ ca) +2a® +b* +a”.

14.Cho z, y, 2> 0 thdaman z +y + 2z < g . Tim GTNN ctia biéu thitc

5 5 5

T T T z
p=" 4+ 2 T L2
Yz zr xYy Y z T
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V. UNG DUNG GTLN, GTNN CUA HAM SO TRONG BAI TOAN XAC DINH
THAM SO PE PHUONG TRINH, BAT PHUONG TRINH CO NGHIEM

1. Tim m d€ phuwong trinh c6 nghiém

¥ Phwong phap

Budc 1: Tach m ra khoi bién sd x va dwa vé dang f(x) = A(m).
Budc 2: Khao sat sy bién thién ciia ham s6 f(x) trén D.
Budc 3: Dua vao bang bién thién d€ xac dinh gid trj tham s3 A(m) dé& duong thang
y = A(m) ndm ngang cat &6 thi ham s6 vy = f(x).
Budc 4: Két luan cac gid tri cia A(m) d€ phuong trinh f(x) = A(m) c6 nghiém (hodc c6 k
nghiém) trén D.
= Luuy
o Néuhamsd y = f(x) co gia tri 16n nhat va gia tri nho nhat trén D thi gia tri A(m) can
tim la nhtng m thoa man: I?EiDI'l flx)<A(m) < max f(x).
o Neéu bai toan yéu cau tim tham sd d€ phwong trinh c6 k nghiém phan biét, ta chi can
dwa vao bang bién thién dé xac dinh sao cho dwong thang y = A(m) nam ngang cat d6

thi ham s6 y = f(x) tai k diém phéan biét.

MOT SO BAI TOAN MINH HOA

Bdi todn 1: Tim tham s8 thwee m d€ phuong trinh x++/3x* +1=m cé nghiém thuc.

Loi giai:
Tap xac dinh D =R.
/ 2
Détf(x)=x+\/3x2+1,VxeR.Tacé:f’(x)=1+ 3x = 3x +1+3x,VxeR.
V3241 3%+l
x<0
1
\V3x*+1+3x -3x>0 X=——= 1
(x)=0e Y2 E2E2Y g 32 11=-3 S
f(x)=0= Noa <37+ SO P 1\/g<:>x N
X=—
J6
Bang bién thién:
1
X —00 _ﬁ 400
f'(x) - 0 -

£(x) m\ﬁ /'_oo
3
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Vay dé phuong trinh ¢6 nghiém thuc thi: m > \/% .

Bdi todn 2: Tim tham s§ m d€ phwong trinh x° —3x* +3m—1=0 c6 nghiém trong [ 1;+%).

Taco: x° -3x* +3m-1=0<x*-3x* ~1=-3m (*)
Xétham s6 f(x)=x"-3x" -1 voi x €[ 1;+w).
Ta co f’(x)=3x2—6x:0<:{i22i|ﬁ::;.
Bang bién thién:
x 1 2 +00

f'() - 0 +
o) | s —, | /'+°°

Dua vao bang bién thién, ta thay:

Phuong trinh (*) conghiém < -3m>-5<m Sg .

Bai todn 3: Tim tham sO thuc m dé€ phuong trinh (4m—3)\/x+3 +(3m —4)\/1—x +m-1=0 cb

nghiém thuec.

Loi giai:
x+320

Ham s6 xac dinh khi: {
1-x2>

< -3<x<1 hayxe[—(%;l].

2 2

—\2 —\2
Nhén thay: (\/x+3)2+(\/1—x)2:4<:>( x+3} +( 1—x} =1. Gitp ta lién twong dén cong

iz

=

=sina va

thiec lwgng gidc sin® @ +cos” @ =1. Do do¢, ta dat: =cosa.
Do xe [—3;1] nén o e {O;E]
2

Khi, d6 phuong trinh tro thanh: 2(4m—3)sina+2(3m—4)cosa+m—1:O,VaE[O;%} (*)

. 2t 1-¢2
Détt=tang,te[0;l]3sma=—2; cosa = -
2 1+t 1+t

Liie d6: (x) & (4m-3) -2+ (3m-4)272 120, vie[o1].
—5mt’ +16mt +7m+7t* 12t -9 . 7P -12t-9 .
< T =0, Vte[O,l]<:>m——5t2_16t_7—g(t), vte[0;1].
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Tace: g/(1)= 2L =820 o i e[01].
(5¢*~16t-7)
Bang bién thién:
x 0 1
f(x) -

9
o) |7 T— 7
9
9

Dua vao bang bién thién, d€ phuwong trinh c6 nghiém thuec thi g <Sm< r

Bai toan 4:

Tim tham s6 thucm d€ phuong trinh myx* +2 =x+m (1) c6 dung 3 nghiém thye phén biét.

Loi giai:
Tap xac dinh: D=R.
Ta co: (1) mx* +2-m=x<m= al = f(x);vxeR.
2
x+2-1

2 2

Tinh: f’(x)z(\/x2+2—1)— X =2_ X +2;Vxe]R.
Jx2 42 Jx2 42

2-x*+2

Nat+2

Cho f'(x)=0< =0 x2+2:2c>x2+2=4c{

Bang bién thién:

x —00 —\/E \/E +o0
f'(x) -0 4 0

40 V2
f(%) \‘—\E / \ B

Dura vao bang bién thién, d& ham s6 c6 3 nghiém thuc phan bidt thi: —/2 <m <2

Bdi todn 5: Tim m dé: x* +(m+2)x+4=(m—-1)vx’ +4x, (¥) c6 nghiém.

Loi gidi:
Diéu kién: x>0.
(*) & (% +4) +(m+2)x = (m—1)y/x(x* +4) (1)
Do x=0 thi phwong trinh khong thda. Chia hai vé' cho x#0 duoc:

(1)<:>xz;4—(m—1)‘/x2;4+m+2=0 2)
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Dtt—,/x U += 4o thi Qe P —(m-T)t+m+2=0<m t:ti’z

Frt+2, én [2;+w) c6: f(t)_ﬂ 0 t=3.

(x—1)°

Xét ham s6 f(t) =

Bang bién thién:
t 2 3 +00

f'(t) - 0 +

8 +o0
i~

K&t luin: Dua vao bang bién thién, suy ra: m>7 thi phuong trinh ¢6 nghiém.

Badi todn 6:

Tim tham s& m dé: v21+4x —x* —%x+3:m(\/x+3 +27 = x) (*) c6 nghiém thuec.

Loi gidi:
Diéu kién: -3<x<7.
(*) = 421 +4x—x* —3x+12=4m(Nx+3 +2J7 - x) (1)

Dit t=+x+3+2V7—x, suy ra: t* —19 =421+ 4x - x> —3x+12.

t = 1 - 1 -Cho t'=02Vx+3=V7-x < x=-1

AWx+3 7-x
Bang bién thién:

Dua vao bang bién thién = tap gidtricua t la te [x/ﬁ ;542 }

2
Khi d6: (1) < 2 —19 = dmt <> dm = ;19, Vte[\/ﬁ; 5\/5].

2 2
Xét ham s6 f(t):t ;19 trén doan [x/ﬁ, S\EJ co: f’(t):t :;19 >0, Vte[\/ﬁ; 5\/5} suy ra

ham sd f(t) dong bién trén doan |:\/E, 5@}

Do dé: min f(t) = f(\/7) = 9\/7 va max f(t) = f(5\/7) = 31\/7
[Vi0; 52 [io; 5+2]
D€ (*) co nghiém < min f(t) <4m <max f(t) < — 9\/5 <m< 3142 ‘
[Vi0; 542] [io; 542] 40 40
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910 3132

Kétludn: me {—T —} thi phuong trinh da cho c6 nghiém thuec.

Bii todn 7: (CHUYEN BIEN HOA - HA NAM - LAN 2 - 2017)
Tim m d€ phuong trinh x° +6x* —m’x’ + (15 — C%rnZ)x2 —6mx+10=0 cé dtng hai nghiém

phan biét thudc B ; 2}.

Aﬂ<m<4 B.2<msé. C.O<m<2. D.Z§m<3.
5 2 4 5
Loi giai:
Chon B.

Taco * +6x* —m'x’ +(15-3m?)2* ~6mx+10=0 & (* +2) +3(x* +2) = (mx+1) +3(mx+1)
& f(x?+2)= f(mx+1)() voi f(t)=t +3t.
Do f'(t)=3t*+3>0,VteR hamsd f(t) dong bién trén R.

22 +1

Nén (o x*+2=mx+1 & -mx+1=0m=
x

1 . |1 Lo 1 '
tren{E;Z}.Tacog(x)=1——2:>g(x)=0<:>x=1

2

Xét ham s6 g(x): "

Bang bién thién:
1

5 5
X |2 2
Dua va bang bién thién suy ra phuong trinh da cho c6 dang hai nghiém phan biét thudc {% ; 2}

Khi va chi khi 2<m£§.

Bai todn 8: (QUOC HOC HUE - LAN 2 - 2017) Tim tat ca cac gia tri thuc ctia tham s6 m dé
do thiham s y=x+ m(\/4 -x*+ 1) -7 ¢6 diém chung v6i truc hoanh.

A.0<m<3. B.—lSmﬁg. C.2<m<

D. 2<m<3.

QJ|\1

Loi gidi:
Chon D.
Tap xac dinh: D = [—2 ;2] . Ta c6 phuong trinh hoanh d6 giao diém nhuw sau:

_ 2
x2+m(\/4—x2 +1)—7:O <:>m:7—x
Vad-x* +1
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7 —x*

Va-x* +1
3 , 2
Cooy'=.= X -x-20V4-x —.Cho y'=0=x"—x—2x 4—x2=0c>xe{—\/§;0;\/§}.

Va2 (Va-x* 1)
Ta cé bang bién thién nhu sau:

x -2 3 0 J3 2
f'(x) -

0 + 0 - 0 +
3 3
f(+) \2/§\2 /
7 —x*

conghiém khi 2<m<3.

Xétham s3 f(x)= trén [—2;2]

Dua vao bang bién thién ta thdy phwong trinh m =

NA-x* +1

Bdi todn 9: Cho phuong trinh log (mx - 6x3)+ 2log, (—14x2 +29x —2) =0 . Tim tat ca cac gia
2

tri ctia tham s6 m d€ phuong trinh ¢6 ba nghiém phan biét.

A. 18<m<%. B. 19<m<32—9. C. 19<m<?20. D. 18 <m < 20.
Loi giai:
Chon B.

mx—6x° =—14x* +29x -2

Phuong trinh log, (mx —~ 6x3) =log, (—14x2 +29x —2) = {_sz 120r-250

m = 6x> —14x+29—g (1)

= . *
—<x<?2
14
x=1
2 1 12x° —14x* +2 1
Xéth/sd f(x)=6x>-14x+29—-=trén | —;2 |; Tacd: f'(x)=—"———" " =0=|x==
5 1 ) 2 ten (2 Tacs ()= 2 !
1
x =——/(loai
=
Bang bién thién: l l 1 2
ang bién thién: X 1 5
f’(x) + 0 - 0 +
24
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Phuong trinh da cho c6 ba nghiém phan biét néu phuong trinh f (x) =m c6 banghiém phan
biét thudc khoang 1 :2 .

14
Tir bang bién thién ta thdy phuong trinh f(x)=m c6 banghiém ba nghiém phan biét thudc

khoang (ﬁ;z] khi 19<m<32—9.

Bai todn 10:
Tim gid tri m khong am sao cho phuong trinh x° —3%/3x +2m =2m c6 nghiém duy nhét.

A.m>1. B. m<1. C.m=2. D. m<2.
Loi gidi:
Chon A
< 3 x3_3y:2m 3 3
bat y=x3x+2m =1 | =>x -3y=y -3x
y —=3x=2m

@(x—y)(x2+xy+y2+3):0
2
@(x—y)[[ﬁ%) +3Ty2+3}=0<:>x=y:2m=x3—3x.

Dit f(x)=y=x"-3x= f'(x)=3x"-3=0 < x=+1.

Bang bién thién nhu sau:

Tir d6 v6i T=1+24/2. khong am thi phuwong trinh ¢6 nghiém duy nhat < 2m>2 < m>1.

Bai todn 11: Tim tat ca cac gia tri thuc ctia tham s6 m d€ phuong trinh

m\2+tan® x = m+tanx cé it nhat mot nghiém thyec.

A. 2 <m<y2. B. -1<m<l1. C. 2<m<i2. D. -1<m<1.
Loi gidi:
Chon C.

Diéu kién: x¢%+kﬂ, keZ.

, tanx
Ta co: mV2+tan” x :m+tar1x<:>m(\/2+tar12x—1):tanx<:> m:#
2+tan” x -1

t

V2 +2-1

Détt:tanx,teR.Xéthémsé’f(t): , teR.
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2
Taco: f'(t)= 2-N2tt cva f(H)=0o2=N2+F o t=12
2+ (\/2+t2 —1)
t t t
Tacéd: Iim f(t)=llm——=lim—————=1 va lim f(¢)=lim ——=-1
t—>+oof( ) t—+o0 t2+2_1 t—>+wt(\/l+72_1] v ta—oof( ) ta—w\/tzj_l
ot

Bang bién thién

/\/5\51

_1\"—\/5

Dua vao bang bién thién, phuwong trinh da cho c6 nghiém thuyee khi 2<m<2.

Bai todn 12: (CHUYEN THAI NGUYEN-2017)
Tim m d€ phuong trinh 2* +3 =mv4" +1 c6 hai nghiém phan biét.

1
Ams—. B. 3<m<+10 C. m>+10. D.1<m<3.
Lbigidi:
Chon B.
CACH1:

2" +3=mV4" +1.(1)
Vi hai v€ déu duong nén

(1)<:> (2"+3)2=m2(4"+1)'
m>0
{(1—m2)4"+6.2"+9—m2=0
R
m>0
Dit t—2*(t>0), ta duoc: @{(1_m2)t2+6.t+9—m2 -0 (2)
m>0

Phuong trinh (1) c6 hai nghiém khi phwong trinh (2) c6 hai nghiém dwong phan biét

9—(1—m2)(9—m2)>0

A'>0
3 —\/E<m<—3
=15>0 © 3 >0 =

p m” =1 3<m<+/10
>0 »

9-m

1—m2>0

Két hop diéu kién m>0.Suy ra 3<m< J10 1a gia tri can tim.
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CACH?2:
2*4+3

V4 +1

t+3
bit t:2"(t>o) ta duoc : m:L:f(t)

2°4+3=mv4" +1 o m=

t*+1
,—t2+1_t(t+3)
' t2+1 1—3t ,
t)= = . t)=0ct=—=
f() t2+1 (t2+1)3 /f() <
Bang bién thién:
1
t 0 3 +00
f,(t) + 0 -

f(t) 3/7\/E\1

Dua vao bang bién thién, suy ra 3 <m <+/10 la gia tri can tim.

Bai todn 13: (TH CAO NGUYEN-2017)

Phuong trinh x° —3mx+2=0 c6 mot nghiém duy nhat khi diéu kién ctia m la:

A. m<-=2. B. m>-1. C. m<1. D. m>1.
Loi giai:
Chon C.

Tacd x¥* -3mx+2=0< 3mx=x3+2,(*)

Ta thdy x =0 khong la nghiém ctia phuwong trinh.

3
s 2
Lac nay (*) Sm= x34;
P2, 1, 2) 2x 2 2(x-1
Xétham s6 f(x)= , cof(x)=(§x2+§J =?—3x2=§.( = )
f(x)=0<x=1.
Ta c6 bang bién thién:
X —00 0 1 400
f’(x) - - 0 +
f(x) +00 00 +00
\ T —
—00

Dé phuong trinh da cho cé duy nhat 1 nghiém thi duong thang y=m (cing phuong véi truc
Ox) thi m<1.
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Bdi todn 14: (CHUYEN DAI HQC VINH-2017)

Tét ca céc gid tri chia m d€ phuong trinh ¢* =m(x+1) c6 nghiém duy nhét la

A.m>1. B. m<0,m>1. C.m<0,m=1. D. m<1.
Loi giai:
Chon C.

Diéu kién: m(x + 1) >0

Taco: e =m(x+1) & A < f(x)=g(m)

x+1
Xét ham s6: f(x)zeril
. (x+1)e"—e" xe*
Ta co: f'(x)= = . Cho f'(x)=0=x=0

(x+1)2 (x+1)

Bang bién thién:

—00
Dua vao bang bién thién d€ phurong trinh ¢6 nghiém duy nhat khi ham s& g () cat do thi f (x)

tai dung mot diéfm = m<0vm=1

Bai todn 15: (CHUYEN DHSP-2017)
2
Tim tap hop tat ca cic gia tri ctia tham s& m d€ phwong trinh x° +x* +x = m(x2 + 1) c

nghiém thudc doan [0; 1] ?

A.m=1. B. m<1. C.0<m<1. D.OSmS%
Loi giai:
Chon D.
3 2
Ta cé x3+x2+x:m(x2+1)2 & th:m 1).
(x2+1)
Dit f(x)=X " 4 o i (C)
. - 2 2 . .
(x +1)

S6 nghiém ctia (1) bang s6 giao diém ctia d6 thi (C) véi duong thang y=m.
3x' —2x° —2x+1
(x2 + 1)3

Ta co f’(x) =
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x=1

Vi (2 4+1) >0,¥xeR = f/(x)=0 & 32 -2’ ~2x+1=0
/ = = ~1£13 -
6

X =

Bang bién thién:

~1++/13

X G 1
f’(x) + 0 - 0
iﬁ Cb 3

Tt bang bién thién =

3

Dé phuong trinh (1) c6 nghiém thudc doan [0;1] < 0<m<

S
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2. Tim m dé b4t phuwong trinh c6 nghiém
¥ Phuwong phap

)20
cé nghiém trén D?
)<0

S o . F(x;m)>0; F(x;m
Bai toan: Tim m dé bat phuong trinh
F(x; m) <0; F(x; m
o Budc 1: C6 lap tham s& m va dua vé dang A(m)> f(x) hodc A(m)= f(x) hodc
A(m) < f(x) hoac A(m) < f(x)
o Budc 2: Khao sat sy bién thién cia ham s6 f (x) trén D.
o Budc 3: Dua vao bang bién thién xac dinh cac gid tri ctia tham s6 m .
Chii y:
Néu ham s6 y = f(x) c6 gié trj 16n nhat va gia tri nho nhat trén D thi
o Bat phuwong trinh A(m) < f(x) co nghiém trén D <> A(m)< mgxf(x).
o Bat phuong trinh A(m)< f(x) nghiém dtng Vxe D < A(m) < mgnf(x).
o Bat phuong trinh A(m)> f(x) c6 nghiém trén D < A(m) > mgnf(x).
o Bat phuong trinh A(m) > f(x) nghiém dtng Vx e D < A(m)> mgxf(x).

Khi dat an s6 phu d€ doi bién, ta can dat diéu kién cho bién mdi chinh xéc, néu khong sé lam

thay doi két qua cta bai toan do d6i mién gia tri cua n6, dan dén két qua sai lam.

MOT SO BAI TOAN MINH HOA

Bai todn 1: Tim m d& Vx? —2x—3+/8+2x—x% >m, (¥) cb nghiém.

Loi giai:
o~ e -2<x<-1
biéu kién:
3<x<4
Pitt=x"-2x=t'=2x-2=0<=x=1.
Bang bién thién:
x | =2 3 4

i —

T~

Dua vao bang bién thién = tap gid trictatla te [3;8] .
() m<VE-3+8—t, (1) vadit f(t)=t-3+/8t.

D& (*) cdnghiém < (1) cé nghiém t [ 3;8] <> m< max F().

1

Xétham s§ f(f)=/t-3 +\/8—t trén [3;8] co: f(t)_Z\/t 3 2fe-t
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Cho f’(t):Oaﬁ:@at:%.
Ta cé bang bién thién:
s E :
I

J10

| N

K&t luin: Dya vao bang bién thién ta thdy m <+/10 sé thdéa man yéu cau bai toan.

Bai todn 2: Tim m dé: 2(x+\/2—x2)—3m/2—x2 >3m, (*) nghiém dung Vx e [—\/E; \/E}

N e

Loi gidi:
Diéu kién: — ZSxS\/E.Dét: t=x++v2-x%.

-Chot'=0=V2-x*=xox=1.

X —\/E 1 \/E

+ 0 -
/ _\/5/2\;\/5

Dua vao bang bién thién, suy ra tap gid tricua t la t e [—\5 ;2} .

Tacod: t'=1-

2 —x?

(*)<:>3m£—%t2+2t+1=f(t) (1)

D¢ (*) nghiém dung < (1) nghiém dung Vit e [—\/5; 2} < 3m< [n}nJ f(t).
—2;2
Xétham 6 ()=~ +2t+1 trén [ 2;2]
2

7 \ A 1 2 A A 4 !
Ta c6é ham s6 f(t):—Et +2t+1 lién tuc trén doan [—\/5;2} o f't)y=—t+2=0=t=2
Tacé: f(—/2)=-2+/2; f(2)=3. Suy ra min f(t) = —2+/2.

Két lugn: 3m<-232 & m< —% thoa yéu cau bai toan.

Bai todn 3: Tim m d& \V1+x +3—x —m—3+2x—x* <2, (¥) c6 nghiém.

N e

Loi giai:

Diéu kién: -1<x < 3. (*)<:>\/\/1+x+\/3—x—m <2+4/3+2x -7
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V1+x++v3—-x-m=>0
&
VI+x+/3-x-m<(2++4/3+2x—x%)°

Dat: t=v1+x++3—x cOt' =

(D

1 1 T
zm—zm vat'=0cx=1.
x | -1 1 3
t 0 -

+ 2\/5
tz/ \2

Dua vao bang bién thién = tap giatricta t late [2;2\/5 }

m<t m< m?}(t m <22
2;2~2 -
(I) & I - Hé (I) conghiém < >[ . ] , SV m> min £ty
>t——= 2 =
m == f(t) m= min f(0) [2242]

4

Xét ham s& f() = t_tZ trén [2;2@} 6 f(H)=1-1 <0, Vte [2; 2\/5]
Suy ra ham s8 f(t) nghich bién nén [miﬁ f(H)= f(2v2) =242 -16.
2;242

Két luan: BPT c6 nghiém < m<2y2 va m>22-16 < me [2@—16; 2\5}.

Bdi todn 4: Tim tham s thuc m d€ bat phuong trinh Vx® —4x+5 > x* —4x+m (1) c6 nghiém

thure trong doan [2;3].

Loi gidi:
Tap xac dinh: D=R.

Pt t=vx’—4x+52>21=x*—4x=t*-5 ma xe[2;3]:>te[1;«/§}

Khi d6: (1)<:>t2t2—5+m<:>m£—t2+t+5:g(t),te[1;x/§]
ool (£) = — (F)=0esfot

Taco.g(t)— 2t +1. Chog(t) Ot 5

Bang bién thién:
bl V2
$'(1) -

5
g(t) \ 3042

Ta duoc maxg(t)zS khit=1 va ming(t)=3+\/§ khi t=+2

Dua vao bang bién thién, m <3+ J2 thoa yéu cau bai toan.

Bai todn 5: Tim m dé&: Vx? +2x ++J(1-x)(3+x) <2m, (*) c6 nghiém.
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Loi giai:

\ 0<x<1
Diéu kién: { * thi (*) & Va2 +2x +4/3-2x—x2 <2m, (1)

-3<x<-2

Pitt=3-2x—-x"=t'=2x-2=0<x=-1.
Bang bién thién:
x | -3 -2 -1 0 1

3 3
t 0 / \ 0

i

Dua vao bang bién thién, suy ra tdp gid tricta t la t e [0 ;3].

(1) < 2m>~3—t ++t = f(t), (2).

D€ (*) conghiém < (2) cé nghiém te [0;3] < 2mz2min f(t) & m> %min f(t).
Xétham s6 f(t) = \/g+\/; trén [0;3].

.Cho f'(t)=0«t==.Tac6 bang bién thién:

Tacof() 2\/_t 2\/_

oINwWw N|lWw

.

Dua vao bang bién thién ta c6 rﬁ.u;?f( )= 3 =m> >1 mm f(t)=

Y

\

3

NE
33
2

Két luan: Vay m> g thi bat phuong trinh da cho c6 nghiém.

Bai todn 6: Tim m dé bat phuong trinh m < —x” +2x+3 cé nghiém.

Loi giai:
Xétham s6 f(x)=—-x"+2x+3 v6i xeR.Tacéd: f'(x)=-2x+2=0<x=1.

Bang bién thién:

Dua vao bang bién thién, ta thay: max f (x)=4.

Do d6: m < —x*+2x+3 = f(x) c6 nghiém <:>m<mRaxf(x)=4.
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Badi toan 7:

Tim t&t ca céc gid tri cia m d€bét phwong trinh x* —2(m—1)x+4<0 cd nghiém x e [1;3] :

Loi giai:

Phuong trinh x* —2(m—1)x+4 <0< x* +4<2(m-1)x

x* +4 .

oSm-1> o (*) (vi xe[l;?)])

Xéthiam s6 f(x)="-"% xéc dinh v lién tyc trén [1;3
éthamso f = ac dinh va lié ,Ce[,].
, 2x2x-2(x*+4) 9,2 _3g
e

=-2¢(13

Do dé: f'(x)=0<2x"-8=0< * #( )

x=2€(1;3)

Tacs: £(1)=2; £(2) =2 £(3)= = min £(x)=2.

Bat phwong trinh da cho c6 nghiém x e [1;3]
< Bat phuong trinh (*) co nghiém x e [1; 3]

<:>m—1>r[nl;gﬁlf(x)=2<:>m>3<:>me(3;+oo)

Bai todn 8: (NGUYEN HUE-2017) Tim t4t ca céc gia tri thuc ctia tham s6 m dé bat phuwong
trinh \/3" +3+ \/5 —3" <m nghiém dung véi moi x € (—oo;log3 5] .

A m>242. B.m>4. C. m<4. D. m<2y2.
Lbigidi:
Chon B.

Cach 1: Dat t =3%, véi te(o;5].
Xétham s6 f(t)=t+3+5-t, v6i te(0;5].
f,(t) 1 -1 _\/5—t—\jt+3 -

o433 25—t 2\r+3+/5-t

Bang bién thién:

f(t)=0<t=1.

x 0 1 5
70) A

0| s — T2

Suy ra: f(t)sf(1)=4, vOi te(0;5].

Dbé bat phuwong trinh V3 +3+45-3" <m nghiém diing v6i moi x & (—w;log, 5] thi 4<m.
Cach 2. Ap dung BDT Bunhiaxcopki
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(J3"+3 53 )2 <((37+3)+(5-3))(1+1)=16

:>x/3“’+3+x/5—3’“ <4.

Dé bat phwong trinh V3 1344/5-3" <m nghiém ddang v4i moi x e (—oo;log3 5] thi 4<m.

Bai todn 9: (CHUYEN PHAN BOI CHAU - 2017) Tim tap hop t4t ca cac gia tri ctia tham s& m
sao cho bat phuong trinh sau c6 nghiém: Vx+5++v4—x >m
A. (—00}3]- B. (—00;3\/5}. C. (3\/§;+oo). D. (—00;3\/5).

N e

Loi giai:

Chon B
BPT vx+5++v4—-x>m cénghiém < m < Max(vx+5 +,/4—x)
Xétham s6 f(x)=vx+5++v4—x véi xe[—5,4]

b 11
f(x)_2J5+x 2Wa—x

f'(x)ZOQJm:m@x:_%

Ma f(=5)= f(4)=3, f(—%) _ 342 = max f(x) =3v2 = m< 342,
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VI. BAI TOAN THUC TE LIEN QUAN PEN GTLN, GTNN
1. Phuwong phap

Buoc 1: Dt mét dai lwgng cin tim theo dn x, néu diéu kién diing ciia x theo dé bai ( gid siv la: x e D)
Buoc 2: Biéu thi mot s6'dai lugng cin thiét theo dn x
Buéc 3: Biéu thi dai lwpng cin tim gid tri l6n nhat hodc gid tri nhé nhat theo dn x.

Duwoc mgt ham s6'y = f(x) voi x € D

Buéc 4: St dung dao ham hodc bt ding thirc dé'tim max f(x) hodc mgn f(x).

2. M6t s6 bai toan minh hoa

Bai todn 1: [Pé Minh Hoa - 2017] Cho mdt
tam nhom hinh vudng canh 12cm . Nguoi ta

cat & bon goc cua tdm nhdém d6 bon hinh

vuong bang nhau, mdi hinh vudng cé canh
bang x(cm) , 01 gap tdm nhom lai nhw hinh /

___________________

vé dudi day dé dwoc mot cai hop khong nap.

Tim d= g d& hop nhan duwoc thé tich 16n

nhat.
A. x=6. B. x=3. C. x=2. D. x=4.

Loi giai:
Chon C.
Khi gap tdm nhom lai lai nhu hinh vé ta duoc mot cai hdp khong nap c6 day 1a hinh vudng

canh 12-2x (O <x< 6). Khi d6, thé tich hinh hop nhéan duoc la:
V=x(12-2x)(12-2x)=x(12-2x), Vxe(0;6)
Cach 1: Xétham f(x)=x(12-2x)", Vx(0;6)

Tacs: f'(x)=(12-2x) —4x(12-2x)=(12-2x)(12-6x)

Xét f(x)=0 x=2€(0;6). x 0 2 6
x=6¢(0;6) f'(x) _ 0 N
Dua vao bang bién thién, ta co: 128
Vi = 128(cm®) khi x=2 f(x) / \
0 0

a+b+c

3
Cach 2: Ap dung bat dang thitc AM — GM dang abc < ( j dé€ danh gia.

3
4x+12—2x+12—2x] 128,

V:x(12—2x)2:%.4x.(12—2x).(12—2x)£%( :
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Déng thiic xay ra <> 4x=12-2x=12-2x < x=2¢&(0;6)= Chon dap 4n C.

Cach 3: Sit dung cong cu TABLE (w 7) cia mdy tinh bo tai dé€ x& 1i bai toan nay mot cach nhanh
gon hon. Cu thé:
Budc 1: Bam t0 hop phim w 7.

Buoc 2: Nhap f(X)=X(12-2X)’

Start =0
Sau d6 an phim = (néu c6 g(X ) thi 4n tiép phim =). Nhap < End =6 .
Step=1

Cht y: O day, ta chon Step =1 vi cdc ddp an déu la cac s8 nguyén duong.
Budc 3: Tra bang nhan dwgc va tim gia tri 16n nhat:

X f(X)
0

100
128
108
64
20

0

S| | |[W|IN (=IO

Dua vao bang gié trj ¢ trén, ta thdy gia tri I6n nhat ctia f(x) 1a 128 xay rakhi x =2,

= Chon dap an C.

Bai todn 2: Mot ki su dugc mot cong ty xang

h

\
\
!
1
1":/

thé tich V cho trudce, hinh dang nhu hinh vé

dau thué thiét ké mot mau bon chira xang voi s

i
2. 1
bén, cac kich thwdce 7, h thay dodi sao cho /

nguyén vat liéu lam bon xdng la it nhat.
Nguoi ki su nay phai thiét ké kich thwde h nhu thé nao d€ dam bao dugc diing yéu cau ma

cong ty xang dau da dua ra?

A. h=0. B. h=""". C.h=2Av. D. h="".
V4 2
Loi giai:

Chon A.

Diéu kién: h>0.
4 V—éiﬂ’s

Tacd: V=—nr’+ar’h=h= -
3 Tr

4rr’ +2V — 2 ar’

Dién tich toan phan ctia bon xéng la: S(r)= 471" +27zrh = h =
;
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3

8
—rr’ =2V
Ta co: S'(V)=3—:O<:>§7[r3 =2V r= 3’3_‘/
T

r2

47[.£+2V—§7r ﬂ

Lap bang bién thién, ta sé thdy S e r =320 == 4% 3" 4rn
T r

nguyén vat liéu lam bon xdng la it nhat S < h=0

Bai todn 3: Khi xay dung nha, chti nha can lam mot bé niede bang gach ¢6 dang hinh hop c6
day la hinh cht nhat chiéu dai d (m) va chiéu rong r(m) vOi d = 2r.Chiéu cao bé& nwdc léh(m)

va thé tich b&'1a2m®. Hoi chiéu cao bé nudc nhu thé nao thi chi phi xay dung la thap nhat?

2 2 3 /3 3 2
Loi giai:
Chon A
Goi x(x >0) la chiéu rong ctia ddy suy ra thé tich b& nude bang
1

V=2X2.h:2<:>h:—2
X

Dién tich xung quanh ho6 va day bé la

S =6x.h+2x* =9+2x2 (x>0)
X
Xét ham s6 f(:c)zéJer2 v6i x> 0.
X

. o e 1 1. 3
Ham s0 dat gia tri nhé nhat tai x = i/; .

Vay chiéu cao can xay la h=—-= 1 __2)2 (m)

Bai todn 4: Mot dai Iy xdng dau can xay mot bon chira dau hinh tru cé ddy hinh tron bang
thép co thé tich 497r(m3 ) va gia mdi mét vudng thép 1a 500 ngan dong. Hoi gia tién thap nhat

ma dai ly phai tra gan dung véi s6 tién nao nhat.

A. 79,5 triéu B. 80,5 triéu C.77,4 triéu D.75 triéu
Loi giai:
Chon B

Goi ban kinh déy la x(m) (x > O), chiéu cao bdn chira 1a h(m) . Khi d6 thé tich chtta ctia bon la
V=rx’h=497 < h= g (m) Do 1a bon chita dau nén phai c6 nap nén dién tich can xay cta
x

bon chira 1a: 2. 7x* +27zx.h =27x* + 98 .
X
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Dé€ chi phi xay dung thap nhét thi dién tich xay cing phai thap nhat.

Xét ham s6 f(x) _ ot 4 287 (x >0) c6 gia tri nho nhét gan bang 159,005(m2)
x

Bai todn 5: Mot khach san c6 50 phong. Hién tai mdi phong cho thué véi gia 400 ngan dong
mot ngay thi toan bo phong duoc thué hét. Biét rang ctt mbi Ian ting gia thém 20 ngan dong
thi c6 thém 2 phong tréng. Giam d6c phai chon gia phong méi la bao nhiéu dé thu nhép cta

khach san trong ngay la 16n nhat.

A. 450 ngan. B. 50 ngan. C. 480 ngan. D. 80 ngan.
Loi gidi:
Chon A

Goi x (ngan dong) la gia phong khach san can dat ra, x >400 (don vi: ngan dong).
Gia chénh léch sau khi tang x—400.
(x—400).2  x—400
20 10
x—400 x
10 =90- 0

S6 phong cho thué giam néu gia la x:

SO phong cho thué véi gia x 1a 50—

2
Tong doanh thu trong ngay la: f(x) = x(90 - %J = —f—o +90x .

f’(x)=—§+90. Fi(x)=0 x=450.

Bang bién thién:
x 400 450 400
f '(x) + 0 -

() / 20250 \

Dua vao bang bién thién ta thdy f(x) dat gia tri lon nhat khi x =450.

Vay néu cho thué véi gia 450 ngan dong thi sé c6 doanh thu cao nhat trong ngay la 2.025.000
dong.

Bai todn 6: Mot doanh nghiép ban xe gan mdy trong d6 cé loai xe A ban & nhat véi gia mua
vao modi chiéc xe 1a 26 triéu VND va ban ra 30 triéu VND, véi gia ban nay thi s6 luong ban
mot nam la 600 chiéc. Ctra hang can ddy manh viéc ban duoc loai xe nay nén da dua ra chién
lwoc kinh doanh giam gia ban va theo tinh toan ctia CEO néu giam 1 triéu VND mdi chiéc thi
s0 luong xe ban ra trong mot ndm sé tang thém 200 chiéc. Hoi ctra hang dinh gia ban loai xe

dé bao nhiéu thi doanh thu loai xe d6 cua ctra hang dat 16n nhat.

A. 29,5 trieu VND B. 27, 5 triéu VND C. 29 triéu VND D. 27 triéu VND
Loi giai:
Chon A.

Goi x (triéu VND) 1a s6 tién can giam cho moi chiéc xe(O <x< 4).
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S6 luong xe ban ra dugc trong mét nam sau khi giam gia la: x.200+ 600 (chiéc)

S6 1oi nhuéan thu duoc tir viéc ban xe trong mdt ndm sau khi giam gia la: (x.ZOO + 600)(4 - x)
Xétham s f(x)=(x.200+600)(4—x)=200(—x"+x+12) (0<x<4) dat gid tri 16n nhét la 2450

khi le.
2

Bdi todn 7: Cong ty du lich Ban Mé du dinh t6 chitc mot tua xuyén Viét. Cong ty du dinh néu
gia tua 1a 2 triéu dong thi sé c6 khoang 150 nguoi tham gia. D€ kich thich moi nguoi tham gia,
cong ty quyét dinh giam gia va ct mdi [an giam gid tua 100 ngan dong thi sé& ¢4 thém 20
nguoi tham gia. Hoi cong ty phai ban gia tua la bao nhiéu d€ doanh thu tir tua xuyén Viét 1a
16n nhat.

A. 1375000. B. 3781250. C. 2500000. D. 3000000.
Loi giai:
Chon B

Goi x (triéu dong) la gia tua.
Gia da giam so véi ban dau la 2—x.

2—-x
S6 nguoi tham gia tdng thém néu gia ban x la: (0—1) =400-200x.

4

S8 nguoi sé tham gia néu ban gia x 1a: 150+ (400 —200x) = 550 — 220x .
Téng doanh thu la: f(x) = x(550 —200x) = —200x” + 550x .

F/(x) =—400x+550. f'(x)=0 <> x = %1 ,

Bang bién thién:

11
X 0 ry +o0
(%) - -
3025
f(x) / 8 \

Dua vao bang bién thién ta thdy f(x) dat gia tri 1on nhat khi x = 18_1 =1,375.

Vay cong ty can ddt gia tua 1375000 dong thi tong doanh thu sé cao nhét 1a 378125000 dong.

Bai todn 8: Ong A mudn mua mdt manh dat hinh chit nhat c6 dién tich 384m* dé xay nha.
Nhung vo 6ng mudn c6 khudn vién san vuon dep nén 6ng mua thém vé hai phia chiéu dai
mdi chiéu 3m va vé hai phia chiéu rong mdi chiéu 2m. Vay, d€ 6ng A mua dwoc manh dat cé
dién tich nho nhat (tiét kiém chi phi) thi manh d&t d6 chu vi 1a bao nhiéu?

A.100m B. 140m C. 98m D. 110m

e

Loi giai:
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Chon A.

Goi x,y la chiéu dai, chiéu rong phan dat xay nha . Ta ¢

384
S=(r+6)(y+4) _ |5
x.y =384 384

y -
X
2304

X

Ap dung BDT AM-GM :S = [4x + J+ 408 2192 +408 = S > 600

2304
x

Déu “=" xay ra khi 4x =

Sx=24=y=16

Vay manh dat can mua c6 chiéu daila:24+6 = 30(m)
Chiéu rong la: 16 +4 =20(m)

Khi d6 chu vi manh dat 1a 100m.

Bai todn 9: Ta c6 mot miéng ton phang hinh vudng véi kich thwde a(cm), ta mudn cat di & 4
g6c 4 hinh vudng canh bang x(cm) d€ udn thanh mot hinh hdp chit nhat khéng cé nap. Phai
cat nhw thé nao d& hinh hop c6 thé tich 16n nhat?

a a

A, x=—. B. x=—. C.xzﬂ. D.x:E.
4 5 6 7

Loi gidi:
Chon C.

Goi canh cua hinh vudng bi catla x, (0<x<a).

X
Ta c6 thé tich hinh hop la: V = x(a—2x)* = i4x(a —2x)°. %

Ap dung B4t dang thitc Cosi cho 3 s8: 4x,a—2x,a—2x >0

1(4x+a—2x+a—2xJ3 1 8a° 24’ % W

Taco: V<= = =22
4 3 4 27

E a-2x

V 16m nhat khi va chi khi: 4x=a-2x < x =%

Y A 7 A 7 A AN M A 7 A \ A 7 a
Vay dé thé tich hop 16n nhat, can cat bon goc bon hinh vudng c6 canh g .

Bai todn 10: Mot dia tron bang thép trang cé ban kinh bang R . Nguoi ta phai cat dia theo
mdt hinh quat, sau d6 gap lai thanh hinh nén d& 1am mot cai phéu. Cung tron ctia hinh quat

bi cat di phai bang bao nhiéu d6 dé thé tich cai phéu 16n nhat?

A. ~66° B. = 294° C. =12,56° D. =~2,8°
Loi giai:
Chon A.
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Goi x la d6 dai dwong tron day ctia cai phéu (bang chu vi dia tron trit di d6 dai cung hinh quat

bi cit di) = x =271 = r = 2i (r1a ban kinh dudng tron day hinh nén).

7
DPuong sinh ctia hinh nén chinh béng ban kinh diala R.
? 1 1 X X’
Pudng cao hinhnén: h=yR* =1 =, [R> - =V =—zrh=—r—— [R*-
8 Ar? 3 3 4’ 47’

Khao sat ham V ta tim duwoc V dat GTLN khi x = —R\/_

27R— 2" R6

Suy ra, d¢ dai cung hinh quat bi citla: 2zR —%R\/g =a= #.360 ~ 66°
T

Bai todn 11: Chi phi vé nhién liéu cia mot tau dugc chia lam hai phan. Trong d6 phan thi
nhat khéng phu thudc vao van tdc va bang 480 ngan dong/gio. Phan thit hai ty 18 thuan véi
1ap phuwong ctia van t8c, khi v = 10km/h thi phan thi hai bang 30 ngan dong/gio. Hay xac

dinh van t6c cta tau dé€ tong chi phi nguyén liéu trén 1 km duwong la nhé nhat?

A. ~15(km/ h). B. =8(km/ h). C. ~20(km/ h). D. = 6.3(km/ h).
Loi giai:
Chon A.

Goi x(km/h) 1a van téc ctia thu=> thoi gian tau di T 1 < gio.
X

Phaén chi phi tht nhat la: 480.l _ 480 (ngan).
x X

Gia st, phan chi phi tht 2 ki hiéu 1a ythil y=kx’ = k= % .

Véix:10:y=%.30:3(ngan):>k_ =0,003 =17 =0,003x".

1000

Do dé, t6ng chi phi 1a: T =220 40,003x* . Khao sat T ta im dwoc T dat GTNN khi
X

x~15(km/h).

Bdi todn 12: Cho chuyén dong thang xac dinh boi phwong trinh S(t) = _th“ +3t° -2t -4,

trong d6 t tinh bang gidy (s) va S tinh bang mét (m). Tai thoi diém nao, van tdc ctia chuyén

dong dat gia tri 16n nhat?

A t=12. B.t=1. C.t=13. D.t=2.
Loi giai:
Chon A.

Ta c6 van toc o(t)=5'(t)=—+ +6t-2. v’(t):—:%t2 +6=0<

Lap bang bién thién ta c6 o(t) dat gid tri 16n nhat khi t=+/2.
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Bdi todn 13: Mot tam thiéc hinh chit nhat dai 45 cm, rong 24 cm dugc lam thanh mot cai hop
khong nap bang cach cat bon hinh vudng bang nhau tir mdi géc va gdp mép 1én. Hoi cac hinh

vudng dugc cit ra cd canh la bao nhiéu d& hop nhan dwoc cé thé tich 16n nhat?

A.x=18. B.x=5. C.x=12. D. Dap an khac.
Loi gidi:
Chon B.

Goi x cm (O <x< 12) la canh ctia cac hinh vudng bi cat roi ra.Khi d6, chiéu cao cua hop 1a x

,chiéu dai la 45-2x, va chiéu rong la 24 —2x.
Thé tich V(x) = x(45—2x)(24—2x)= 4x° —138x2 +1080x .

Suy ra V'(x)=12x*-276x+1080 .
Cho V'(x) =0, suy ra duwoc gia tri z can timla x=5 .

V"(x)=24x-276 =V "(5)=-156 <0. Do d6 x =5 la diém cuc dai.

Bdi todn 14: Mot soi day c6 chiéu dai 28 m la duoc cit thanh hai doan dé 1am thanh mot hinh
vudng va mot hinh tron. Tinh chiéu dai ctia doan day lam thanh hinh vudéng duoc cat ra sao

cho téng dién cta hinh vuéng va hinh tron la t6i thiéu?

A.14. A c. 12 p. 287
4+ 4+ 4+
Loi giéi:

Chon C.
Goi [ (0 <l< 28) la chiéu dai doan day lam thanh hinh vuéng. Khi d6 doan day lam thanh hinh

tron cé chiéu daila 281 .

Canh hinh vuong la é , ban kinh hinh tron la L(28 - l) .

27
: | 2 1 1
Toéng dién tich S(I)=—+—(28-1) , S'"l)==——[28—1).
ong dién tic () 16 47[( ) suy ra () < 271'( )
Cho S‘(l)=0 , ta duoc l:£ , suy ra chiéu dai doan day con lai la 287 )
+7 4+
. LY \ ~ 112
Kiém tra lai bang dao ham cap 2, §"|——| >0
T+ 4
Vay S dat gi4 tri nho nhét bing —20-khi x = 112
4+ 4+

Bai todn 15: (SGD - QUANG NAM)
Mot hang dugc phdm can mot s6 1o dung thude dang hinh tru véi dung tich 16z cm®. Tinh
ban kinh day R cua lo d€ it ton nguyén liéu san xuat lo nhat

A.R=2cm. B. R=1,6cm. C.R=rxcm. D.R_16 .

™
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Loi giai:
Chon A.

Ta cé V:ﬂRZh:167r:>h:%.

Dé€ it ton nguyén liéu nhat thi dién tich toan phan cta lo phai nho nhat.

2T o2+ 207 107 3§/Z7ZR2.16—”.16—” =24z
R R R "R

Tac6 S, =27R? +27Rh =27R* +

Dé&u “=" xay ra < 27zR* =167”<:>R=2(cm).

Bai todn 16: (CHUYEN VO NGUYEN GIAP - QUANG BINH)
Ong An c4n san xudt mdt cai thang dé tréo qua mdt bikc

teong nha. Ong mudn céi thang phai ludn duoc dit qua vi

tri C, biét réng diém C cao 2m so vdi nén nha va diém C _E ¢

cach teong nha 1m (nhw hinh vé bén). %‘ %;-%
Gia st kinh phi d€ san xuét thang la 300.000 déng/1 mét & =
dai. Hoi 6ng An can it nhat bao nhiéu tién dé€ san xuat

thang? ( Két qua lam tron dén hang nghin dong). Nén nha

A. 2.350.000 dong. B. 3.125.000 dong. C. 1.249.000 dong. D. 600.000 dong.

Loi giai:
Chon C.
bat BC=x .
Ta c6: ABCE ~ ACDF .
LBC_CE_ x 1
CD DF CD Jcp’-a
& x*(CD* -4)=CD* .
4x* 2x
< CD? = < CD= )
x* -1 Va® -1 !
Vay chi phi san xuat thang la: jp
A D
2x 5 7.
f(x): X+ 3.10° véi x>1 .
Vxr -1
2 3(2—1—27362
2 _
f(x)=3.10°| 1+ ek S T T

()

f(x)=0e (x2—1)3 =2 <:>(x2—1)3=4<:>x2=3/1+1 :

Hay x=ya+1.

Khi d6 chi phi san xuat thang la 1.249.000 dong .
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Bai todn 17: (CHUYEN SON LA - LAN 2-2017) S8 san phdm cta mot hang dau DVD san

2 1
sudt duoc trong 1 ngay la gia tri cia ham s6: f(m,n) =m?.n®, trong d6 1a m s6 luong nhan
vién va n 1a s& lugng lao dong chinh. Mdi ngay hang phai san xuat dugc it nhat 40 san pham
dé dap tmg nhu cau khach hang. Biét rang mdi ngay hang d6 phai tra lwong cho mot nhan
vién la 6 USD va cho mot lao dong chinh la 24 USD. Tim gia tri nho nhat chi phi trong 1

ngay ctia hang san xuat nay.

A. 720 USD. B. 600 USD. C. 560 USD. D. 1720USD.
Loi giai:
Chon A.

Vi mbi ngay hang phai san xuat dugc it nhat 40 san phdm nén
2 1
f(m,n)>40 < m3.n® >40 < m>.n>40°. Chi phi phai tra trong 1 ngay cta hang la

6m+24n=6(m+4n) :6[%+%+4nJ > 6.3.‘3/%-%-471 —18%m? 1 >18340° =18.40 = 720.

Bai todn 18: (CHUYEN SON LA — LAN 2-2017) Cho ham s8 y = x—+; (C). Goi d 1a khoang
x p—

cach ttr giao diém ctia hai duong tiém can ctaa do thi dén mot tiép tuyén cua (C) . Gia tri 16n

nhatma d co6 thé dat duoc la:

A.Q. B. 5. C.\3. D. /6.

2
Loi gidi:
Chon D.
Ta co: y'(x) = =3 Vo =2.Goi I la giao ctia hai tiém can = 1(2;1)

(v -2)
Goi M(xo;yo)zM(xO;xo—H]e(C)
X, —2
Khi d6 tiép tuyén tai M (xo ; yo) c6 phuong trinh:

Ary=y'(x)(x =)+ ¥,

Sy=— (x—x)+x°+1<:> S g+ 3% %+l _,
(3(0—2)2 0 x,—2 (xo—z)z (x0—2)2 x, 2
_622_1+ 3x022 ;coi-;
Khi d6 ta c6: d(I;A)= (x,-2) (%,-2) %
1+ ? i
x0—2)
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_ |6x, —12|
=N d(I,A)zm
0

Ap dung BDT: o +b* >2ab Va,b

Tac: 9+(x,-2)" 223.(x,~2) & 9+(x,-2)" = /6(x, -2)

L (1)< |6x, —12| y 6x, —12| _

Jw-2)'+9 6(x,~2)

Vay gié tri 16n nhat ma d c6 thé dat duoc la: v/6

Bai todn 19: (THTT - SO 478) Cho ham s8 y = x* —2x. Goi A 1 dudng thing di qua diém
cuee dai ctia d6 thi ham s6 da cho va c6 hé s6 goc m . Tap hop tat ca cac gia tri cua tham s6
thue m sao cho tong cac khoang cach tir hai diém cuc ti€u cua d6 thi ham sd da cho dén A

nhé nhat 1a

1
A. {0}, B. {+—|. , D. {+1}.
o e c.o 1)
Loi gidi:
Chon D.
y=x'-2x".TXD: D=R.
x=0
y' =4’ —4x=4x(x’-1), y' =0 | x=-1
x=1
—© -1 0 1 +00

_ 0 + 0 - 0 +
+00 0 +00
y \_1 / ™~ L

Vay, diém cuc dai ctia d6 thi ham s6 la gbc toa d O(O;O) . C4c diém cuec tiéu la A(—l;—l) va

B(1;-1).
Phuong trinh duong thang A thoa dé bai c6 dang y =mx, hay mx—y=0.

5 =a 45(a) ]+ B:(4)
=242 ——2242.—5—=2.

Z(m2 +1)+2|—m2 +1|
m* +1 m* +1 m+1

Vay S* dat gi tri nho nhat béng 2 khi —-m*+1=0 hay m=41.Vi $>0 nén ta kétluan S dat
gid tri bé nhat1a v2 khi m=+1

B |—m+1|+ |m+1| _|—m+1|+|m+1|
Jmr 41 m?+1 Jm? +1

|—m2 +1| 0

5* =
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Bai toan 20: (THTT - sO 478) Mot vung dat hinh chir nhat ABCD ¢6 AB=25km,
BC=20km va M, N lan luot 1a trung diém cia AD, BC. Mot nguoi cudi ngua xuat phat ti
A didén C bf?mg cach di théng tt A dén mot diém X thudc doan MN r6i lai di théng tr X
dén C. Van tdc cua ngwa khi di trén phan ABNM la 15km/h, van t6c ctia ngua khi di trén
phan MNCD la 30km/h. Thoi gian it nhat d€ ngwa di chuyén tir A dén C la méy gio?

A 25 p. YL ¢ 402 p. Y5
3 4 6 3
Loi gidi:
Chon A. A 25km B
Goi MX =x(km) véi 0<x<25
15km/h 20km
Quang duong AX =+/x* +10° v
- . X +100 M= N
= thoi gian twong tng T(h)
Quang dudng CX =4/(25-x) +10° 30 km/h
Va? —50x +725 P ¢
thoi gian twong tng - 30x+ (n)
. Jx2+100  ¥? -50x+725 . N
Téng thoi gian f(x) = 15 + . vOi x e [0; 25] , tim gia tri nho nhat f(x)

f'(x): X + x—25 , f’(x)=0c>x=5
15vx2 4100  304x% —50x+725
Tinh cac gia tri f(0)=4+g/5z1,56, f(25)=1+5/5z2,13, f(5)=¥~1,49

Vay ham s& dat GTNN bang % tai x=5
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C. THU THUAT CASIO GIAI BAI TOAN MIN MAX
I. PHUONG PHAP

Budc 1: D€ tim gid tri 1on nhat gid tri nho nhat ciahamsé y = f (x) trén mién [a; b] ta st dung
may tinh Casio vdi lénh MODE 7 (Lap bang gia tri)
Budc 2: Quan sat bang gia tri may tinh hién thi, gia tri 16n nhat xuat hién 1a max, gia tri nhé
nhat xuat hién 1a min
Chii y:

cAH 1A AN .7 P AL b - 7 AT \ A7
Ta thiét lap mién gid tri ctia bién x Start 2 End b Step 1—9{1 (c6 thé lam tron dé Step dep)

Khi dé bai lién c6 cac yéu to luong giac sin x, cos x, tan x... ta chuyén may tinh vé ché€ 46 Radian

IL. MOT SO BAI TOAN MINH HOA

Bai todn 1: [Thi thit chuyén KHTN -HN 1an 2 ndm 2017]
Tim gid tri lon nhat cia ham s8 y = x° —2x* —4x+1 trén doan [1;3]

A. max =% B. max=-2 C. max=-7 D. max=-4

Loi giai:
Str dung chtrc nang MODE 7 ctia may tinh Casio véi thiét lap Start 1 End 3 Step %

w7Q)"3$p2Q)dp4Q)+1=—=1=3=(3p1)P19=

c]

Fiil
I -U
gl |« 1052 |-Ua 51U
3l 1.21051-4. 998

Quan sét bang gia tri F(X) ta thdy gid trj 16n nhat F(X) c6 thé dat dwocla f(3)=-2
m Math

FiRl
-3. 081
-d

i

19| 2« B3UT
ol

Vay max =-2 , ddu = dat duoc khi x=3 = Dap s6 chinh xacla B

Binh luan:

Qua vi du 1 ta da thdy ngay sttc manh cuia may tinh Casio, viéc tim Max chi can quan sat bang
gia tri la xong.

Phuong phap tw luan tim Gia tri 1én nhat, gia tri nho nhat ciia ham s6 duoc tién hanh theo 3 budc:
+)Budc 1: Tim mién xac dinh ctia bién x .

+)Budc 2: Tinh dao ham va xac dinh khoang dong bién nghich bién.

+)Bwde 3: Lap bang bién thién, nhin vao bang bién thién dé két luan.

Trong bai todn trén dé bai da cho san mién gid tri ctia bién x 1a [1;3] nén ta bé qua buwdc 1.

Bai todn 2: [Thi thir chuyén Ha Long - Quang Ninh Ian 1 ndm 2017]
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Hams6 y = |3 cosx—4sinx+ 8| véi x e [0;272':' .Goi M, m lan lwot la gid tri 16n nhat, gid tri nho

nhat ciia ham s8 . Khi d6 tong M +m bang bao nhiéu ?

A. 82 B. 743 C. 8/3 D. 16

N e

Loi giai:

Cdch 1: CASIO

Dé€ tinh toan cac bai toan lién quan dén luong giac ta chuyén may tinh vé ché do Radian
qw4

27 -0

Str dung chtrc nang MODE 7 ctia may tinh Casio véi thiét lap Start 0 End 27 Step

w7qc3kQ))p4jQ))+8==0=2qK=2qKP19=
Math

F
FIZH:i |

9. 5386

T.9105

Quan sat bang gia tri F (X) ta thdy gia tri lon nhadt F (X) c6 thé dat duwoc la
£(5.2911)=12.989~13 =M

Math

i

]

1

o] | 15 e

: | i L

S.B21711 =L
S.Z91103417

Ta thdy gia tri nho nhét F(X) c6 thé dat duocla f(2.314)=3.0252~3=m

FCH
]
¥
d« B

1]
11
18

Vay M +m=16= Dép s6 D la chinh x4c
Cdch tham khao: Ty lugn
Ap dung bat dang thiic Bunhiacopxki ta dugc :

(3cosx—4sin x)2 < (32 +(—4)2)(sin2 X +cos’ x) =25
:>|3cosx—4sinx|£5<:>—533cosx—4sinx£5<:>3S3cosx—4sinx=8£13
Vay 3S|3cosx—4sinx+8|S13

Binh luan:
Néu bai toan lién quan dén cac dai luong lugng giac ta nén chuyén may tinh vé ché dé Radian
dé€ duoc két qua chinh xac nhat.

Trong Bét ding thitc Bunhiacopxki c6 dang (ax + by)2 < (a2 +b° )(x2 + yZ) . Dau = xay ra khi va chi

Bdi todn 3: [Thi thit nhém toan Doan Tri Diing 14n 3 ndm 2017]
Cho cac s6 x,y thoa man diéu kién y<0,x’+x-y-12=0 Tim gida tri nhé nhat :
P=xy+x+2y+17

A. -12 B. -9 C. -15 D. -5

N e

Loi giai:
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Cach 1: CASIO

Tw x> +x—y—12=0 tarat dwoc y =x* +x—12 Lap vao P ta duoc: P:(x+2)(x2 +x—12)+x+17
D€ tim Min ctia P ta sit dung chtic nang 1ap bang gia tri MODE 7, tuy nhién viéc con thiéu cta
ching ta la mién gia tri cia x . D& tim diéunay taxét y<0 < x> +x-12<0< —4<x<3

St dung MODE 7 vdi thiét 1ap Start —4 End 3 Start % ta duoc:

w7(Q)+2)(Q)d+Q)p12)+Q)+17==p4=3=7P12=

F) Math
] F (i
g =1 1.31
10 = =11.E6
1111.83331-1.25U

Quan sat bang gia tri ta thay gid trj nho nhatla f(1.25)=-11.6 ~-12

Vay dap s6 chinh xac la A

Cach tham khao: Ty lugn

Dung phuong phap don bién dwa biéu thicc P chita 2 bién tré thanh biéu thirc P chira 1 bién x
= P =(x+2)(x2 +x—12)+x+17 =x>+3x*-9x-7

Dat f(x)=x>+3x"-9x-7

Tim mién gid tri chiabién x tacd: y<0 o x*+x-12<0< —4<x<3

N . , x=1
Khao satham f(x) tacé: f'(x)=3x*+6x-9, f (x):0<:>[x:_3
So sanh f(1)=-12; f(-3)=20; f(—4)=13; f(3)=20
Vay gid tri nho nhat f (max) =-12 dat duockhi x=1
Binh luan:
Mot bai tim Min max stt dung phuong phap don bién hay. Viéc tim can va tim gia tri nho nhat

c6 sy déng gop rat 16n ctia Casio dé€ tiét kiém thoi gian.

Bdi todn 4: [Khao sat chit lwgng chuyén Lam Son - Thanh Héa nam 2017]

Gia tri 16n nhat ciaham s6 y = Zmx+1 trén doan |:2 ;3:| la —% khi m nhan gid trj bang :
m—x

A. -5 B. 1 C.0 D. -2

Loi giai:
Cach 1: CASIO

Ta hiéu néu gia tri nho nhat cua y = —% trén doan [2;3] c6 nghia la phwong trinh y+% =0 co

nghiém thudc doan [2;3]

-10x+1 1

Th nghiém dap an A véi m=-5 ta thiét lap +§ =0 . St dung chitc ndng do nghiém

SHIFT SOLVE
ap10Q)+1Rp5pQ)$+alR3qr2.5=

Tong hop cdc chuyén dé luyén thi dai hoc Trang 205



Bién soan: Bui Trin Duy Tudn https://facebook.com/duytuan.qna

el 1D e Math
+

-5-A §
%= -0.064516129
[-R= i

Ta thay khi :1 thi x =-0.064... khong phai la gia tri thudc doan | 2;3 | vay dap an A sai
y Y 3 gPpP g y dap

Twong tw nhu vay ta thdy dap an C ding véi m =0 khi d6 y c6 dang 1
-Xx

alRpQ)$+alR3qr2.5=
. . ] Math
—=tE

A= 3
L-R= 0

Ta théy khi y :% khi x=3 Ia gid tri thuoc doan [2;3] = dap én C chinh xéc

Cdch tham khao: Ty ludn
2m(m—x)—(2mx+1)(-1)  2m*+1

>>0 voimoi xe D

Tinh dao ham y'= 5
(m-x) (m-x)
= Ham y ludn dong bién
= Ham y dat gia tri 16n nhat tai can trén x=3

1 6m+1 -1

Véy y(3)=—§<:> -3 —?©m=0

Binh ludn:
Ta c6 thé st dung may tinh Casio theo VD1 va VD2 véi chirc ndng MODE 7

Ta thiy voi dén 4n C ham s8 y = —~ dat gid tri 16n nhét -% Khi x=3
X

w7alRpQ)==2=3=1P19=

F:| Math
" F (43
1B 2. g1 -0. U5
30 i | 5 333

Bai todn 5: [Thi Hoc sinh gidi tinh Ninh Binh nam 2017]

\ ~ . . . 7 o« A? 7Z- \ 4
Cho ham s6 y =asinx+bcosx+x (O<x<27z) dat cuc dai tai cac diém x=§ va x=7x . Tinh

gia tri ctia bieu thire T =a+b/3
A. T=23 B. T=3J3+1 C.T=2 D.T=4

Loi giai:
Cach 1: CASIO
Ta hiéu ham s6 dat cuc tri tai x =x, thi x, la nghiém ctia phuwong trinh y'=0

Tinh y'=acosx—-bsinx+1 .

Tacod y' z =O<:>la—£b+£=0 (1)
3 2 2 3
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Lai c6y'(7)=0< —a+7=0 =a=z . Thé vao (1) ta dwoc

SHIFT SOLVE
ap10Q)+1Rp5pQ)$+alR3qr2.5=

[F] Math

—E-%_ T3
A=_ -0.064516129
L-F= 0
Ta thdy khi y = % thi x =—0.064... khong phai la gia tri thudc doan [2;3] vay dap an A sai

Twong tw nhu vay ta thdy dap én C dting véi m =0 khi d6 y c6 dang 1
X

alRpQ)$+alR3qr2.5=
. . F| Math
—RE

A= 3
L-R= 0

Ta théy khi y :% khi x=3 Ia gid tri thuoc doan [2;3] = dap 4n C chinh xéc

Cdch tham khao: Ty lugn
2m(m—x)—(2mx+1)(—1) _2m’+1

5 >>0 voimoi xe D
(m—x) (m—x)

Tinh dao ham y'=

= Ham y ludn dong bién
= Ham y dat gia tri I6n nhat tai can trén x=3
1 6m+1 -1

Véy y(3):_§© -3 —?szo

Binh luan:
Ta cé thé st dung may tinh Casio theo VD1 va VD2 véi chirc ndng MODE 7

Ta thdy v6i dan an C ham s6 y = 1 dat gid tri 16n nhat —% khi x=3
x

w7alRpQ)==2=3=1P19=

F] Math
" Fd
1B 2. au7 | -0.3u5
L0 el | ~0- 335

Badi todn 6: [Thi thit bao Toan hoc tuéi tré 1an 4 nim 2017]

2
. \ L4 . /e A \ .7 . 2 Y ? \ ~ x A . 7
Goi M,m la gia tri lon nhat va gia tri nho nhat caia ham s6 y =— trén doan [—1;1] . Khi d6
e

A.le;m:O B. M=¢e;m=0 C.M:e,m:1 D M=¢m=1
e e
Loi giai:

2

Lap bang gid tri cho y = f(x) =" voi lénh MODE 7 Start ~1 End 1 Step %
e
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w7aQ)dRQK"Q)==p1=1=2P19=

Fopn | 4 Fom |
|l | 2 e 1| - E.!-:EEI‘
a|-n. gau | - 9587 H(o, s
5l-0-7asl 123725 i2lo. 1578 /0. 0213
-1 0. 05285157595

Quan sat bang gid tri thdy ngay M =2.7182=¢ dat duoc khi x=-1 va m=2.6x10" ~0 St dung
Casio
= Dap s6 chinh xac la B

Bai todn 7: [Thi Hoc sinh giéi tinh Ninh Binh nam 2017]
Tim gid tri léon nhat M ctaham s6 y=+/x+3 +v6—x

A. M=3 B. M=3V2 C. M=243 D. M=2+3
Loi giai:
oA 1A s Clx+32=0
Theo diéu kién xac dinh thi & -3<k<6
6—x>0

Lap bang gia tri cho y =vx+3 ++6—x vdilénh MODE 7 Start -3 End 6 Step 0.5
w75Q)+3$+s6pQ)==p3=6=0.5=

u F(E;:l Math = Math &
| 2
1.5 4, 242640687

Quan s4t bang gia tri thdy ngay M =4.2421=32 dat dwoc khi x=-1 va m=2.6x10°~0 St
dung Casio
= Dap s6 chinh xac la B

Bdi todn 8: [Thi thir chuyén Vi Thanh - Hiu Giang [an 1 nim 2017]
2

Tim gié tri nho nhét cia ham s8 y = (x* —2x+3) —7

A. miny=-5 B. miny =-7 C. miny=-3 D. Khong ton tai min

Loi gidi:
Pé bai khong ndi gi dén mién gia tri cia x . Khi d6 ta chon Start -9 End 10 Step 1

Lap bang gia tri cho y = (x2 —-2x+ 3)2 -7 véilénh MODE 7
w7(Q)dp2Q)+3)dp7==p9=10=1=

Math

D]
" Fihl
d

Quan sat bang gia tri thdy ngay miny =-3 dat duwoc khi x=1
= Dép s6 chinh xac1a C

Bai todn 9: [Thi thit THPT Luc Ngan — Bac Giang Ian 1 nam 2017]
mx—4

Tim m déhamsg y =
X+m

dat gid tri 16n nhat bémg 5 trén [—2 ;6}
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A.m:g B m=—— C.m:E D.m:é
6 4 7

Tha véi m :% thi gia tri lon nhatla 25 = A sai

W7a2Q)P6p4RQ)+2P6=—p2=6=0.5=

= Math
3 " Fida
o a5
5 1] -2

Tuong tu nhu vay v6éi m=34 thi gia tri lon nhét 1a 5.= D4p s C chinh x4c
w7a34Q)p4RQ)+34==p2=6=0.5=

D] Math
FLil
U. 2564
U. E!EE

Bai todn 10: [Thi thit THPT Vi Vian Hiéu -Nam Dinh Ian 1 nam 2017]

15
16
11

Goi M,n Tan luot 1a gid tri 16n nhat va gia tri nho nhat caa ham s8 y =|x° —3x” +1| trén doan

[—2;1] thi:
A.M=19;,m=1 B M=0,m=-19 C M=0,m=-19 D.Ké’tquékhéc
Loi giai:
Ham chira dau gia tri tuyét doi ta thém lénh SHIFT HYP. Sit dung MODE 7 véi Start -2 End 1
3
Step —
P19
w7qcQ)"3$p3Q)d+1==p2=1=3P19=
O] =
Finl Fina
I&': 19 I8jh™MA:Ur- 0. 0841
g|-1-842] 15.43 19| 0. BU2 | | 0. 5302
dl-1.68Ul 12281

20 1 |
-z 0. 6342105265
Quan sat bang gia tri thdy M =19;m=0.= D4ap s0 C chinh xac

Bai todn 11: [Thi thit THPT Ng6 Gia Ty - Vinh Phic Ian 1 ndm 2017]

Gia tri nho nhat ctia ham 6 y =+/1+sinx ++/1+cosx la:

A. miny=0 B. miny=1 C. miny=\/4—2\/5 D. Khong ton tai GTNN

e

Loi giai:

Vi chu ki ctia ham sin, cos 1la 27 nén ta chon Start -2z End 27 Step %

Lap bang gia tri cho y = V1+sinx ++/1+cosx véilénh MODE 7
qw4w?7s1+Q))$+s1+kQ))==p2qK=2qK=4qKP19=
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Math
H

[
-ﬁla!g l.0821
: l.01E2
-0. 898921 1. 6U"T2
-1.5534569315
Quan sat bang gia tri thdy ngay M =1.0162~1 = Dap s6 chinh xacla B

1
|

B

nl

Bd

1]

| 41

F

Bdi todn 12: [Thi th&t chuyén Tran Pha — Hai Phong [an 1 nam 2017]

Cho ham s6 y =3sinx —4sin’ x . Gid tri 16n nhét ctia ham s6 trén khoang [—% ,%j bang :

A. 1. B.7 C -1 D. 3

Loi giai:
Lap bang gia tri cho y =3sinx —4sin’ x v4ilénh MODE 7 Start —% End % Step %

qwiw73jQ))p4jQ)) 3==pgKP2=qKP2=qKP19=

F)
| FiH)I
g|-1.U05]|0. 8794
3l -1.2410.5U4R9

-1. 5707946327
Quan sat bang gia tri 16n nhat la 1= Pap s6 chinh xac la A

Bai todn 13: [Thi HK1 THPT chuyén Ngoai Ngit - DHSP nam 2017]

Goi M, n Tan luot 1a gid tri 1on nhat va gia tri nho nhat cia ham s6 f (x) = (x2 - 3)6" trén doan

s 2016
[0;2]. Gié tri ctia biéu thire P=(m*-4M)  la:
A. 0 B. e C.1 D. 22
Loi gidi:

Lap bang gia tri cho y = V1+sinx ++/1+cosx véilénh MODE 7 Start 0 End 2 Step %

w7(Q)dp3)QK"Q)==0=2=2P19=

F:] Math F:] Math
algfuz | -6.517 vaf 1 fauq |2: a5
(BTG |~25 2 2 | el | 72 5
i1l1.0526] -5. 43 3l
0.9475654211 Z
Quan sét bang gi4 tri ta thay m=-5422 va M =7.389 = P =(m’—4M )2016 =(-0.157916)""° ~ 0

= Dap s6 chinh xacla A.
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D. BAI TAP TRAC NGHIEM

1. DE BAI
Cau 1. Gia tri nho nhat ctia ham s6 y = x° —=3x+5 trén doan [0;2] 1a:
A. {?;1{]13/:0. B. {?;1{]1]/:3. C. {121;1{]1]/:5. D. ﬁ\}lﬁy:Z

Cau 2. Gié tri nhé nhat ca ham s& f(x) =% —3x2-9x+35 trén doan [—4;4] 1a:

A. [rﬂ;i%f(x) =-50. B. [rﬂ;i%f(x) =0. C. [rﬂ;i%f(x) =-41. D. [nl;i?]f(x) =15.

Cau3.  (Dé thi Tt nghiép THPT - 2007)
Gia trj 16n nhat ctia ham s6 f(x)=x"-8x” +16x -9 trén doan [1;3]1a:
13
A. r[r11a33< f(x)=0. B. r[%s%(f(x) =0 C. r[r}%ﬁ( f(x)=-6. D. r[r}aﬁ( f(x)=5.
Cau4.  (Dé thi Tét nghiép THPT - 2008)

Gi4 tri 16n nhat cia ham so f(x) = x* —2x* +1 trén doan [0;2] 1a:

A. r[n();azi(f(x) =64. B. r[%azi( f(x)=1. C. r[%;azﬁ( f(x)=0. D. r[%;azﬁ( f(x)=9.
Cau5.  Gia tri nho nhat cia ham s6 y = x(x +2)(x+4)(x+6)+5 trén nita khoang [—4; +oo) la:
A. min y=-8. B. min y =-11. C. min y=-17. D. min y =-9.
[4+0) Y [~4;+0) Y [4+0) Y [4+0) Yy
Cau 6.  Gia tri nho nhat cia ham s6 y = ad _1 trén doan [0;3] 1a:
X+

. : 1 . .
A. r[1&13r]1y——3. B. 1[101;13131y—5. C.r[xol;13r]1y——1. D.r[x()l;3r]1y—1.

Cau7. (D@ thi Tt nghiép THPT - 2008)

P Y 9 . . 3
Gid tri nho nhat ctia ham s6 y = x +— trén doan [2;4] 1a:
x

. . 13 . . 25
A.r[121;14{]1y—6. B. r[r21;14r]1y—?. C. r[glgjly——é. D. I[glﬁly—z.
Cau8.  (Dé thi Tét nghiép THPT - 2008)
X’ —x+1
Gia tri nho nhat cia ham sd f (x) =1 trén khoang (1;+e) la:
A. miny =-1. B.miny =3. C. miny =5. D. miny=—.
(1;+oc) y (1;+oc) y (1;+oo) y (2;+oo) y 3
2 —_—
Cau9.  Gid tri 16n nhat cira ham s6 y = %’5;7 la:
X+
A. mﬂgxy:—l. B. maxy =1. C.r{cle%xy:Q D. maxy =10.
Cau 10. Gia tri 16n nhat va gia tri nho nhat cia ham s6 y =+/5-4x trén doan [-1;1] 1a:
A. r[r_llf%(yzx/g va 1[1_111;1111y=0. B. r[r_llgﬁ(yzl va 1[1_111;ﬁ1y=—3.
C.I[I}le;11>]<y=3 va ltlilll;ﬂy=1. D. r[r_11%>]<y=0 va r[{111;1111y=—\/g.
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Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Gi4 tri lén nhat ctia ham s8 y = %x?’ —2x* +3x—4 trén doan [1;5] la:

A.§. B.E. C. 4. D. —E.

3 3 3
Ham s6 y =x* —2x* +1 ¢6 gid tri 16n nhat va gia tri nho nhat trén doan [O; 2] lan lwot
la:
A.9;0. B.9 1. C.2;1. D.9; -2.
Gia tri 16n nhat cia ham s6 y = -1 trén doan [0;2] la:

x+2

A. l B. 2. C. —l. D. 0.

4 2

2 — 2
Chohams6 y = el . Khang dinh nao sau day dung vé gia tri 1on nhat va nho nhat
x_

ctia ham s6 trén doan [3;4]:

A. Ham s8 c6 gia tri nho nhat bang % .

B. Ham s6 ¢4 gid tri 16n nhat bang 2.

C. Ham s8 c6 gia tri 16n nhat bang 6.

D. Ham s c6 gi4 tri 16n nhét bing % vA gid tri nhé nh#t bing 6.

Ham s6 y = x> +2x+1 co gid tri I6n nhat va gia tri nho nhat trén doan [0; 1] [an lwot
1a y,;y, . Khi d6 tich y,.y, bang:

A.5. B. -1. C. 4. D. 1.

3

Ham s6 y = %x —%xz +6x+1 dat gid tri 16n nhat va gid tri nho nhat trén doan [1;3]

tai diém c6 hoanh d¢ lan luot 1a x; x,. Khi d6 tong x, +x, béng

A.2. B. 5. C. 4. D. 3.
Ham so yzm dat gid tri nho nhat tai x. Gia tri cua x la:

A. x=3. B. x=0 hoac x=2.

C. x=0. D. x=-2 hoac x=2.

Ham s§ y =(x~1) +(x+3)" c6 gid tri nho nhét bing:

A. 3. B. -1. C. 10. D. 8.
.7 . 9 A~ 2 \ A lnx A M \
Gia tri nhé nhat ciia ham s6 y = —— trén doan [1; e] bang la:
X
1
A.0. B. 1. C. -. D. e.
e

x
Jxt+2

tai x;;x,. Khido x,.x, bang:

Ham s6 y = dat gid tri 16n nhat va gia tri nho nhét trén doan [—3; O] lan luot
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Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

A.2. B. 0. C.6. D. V2.
Ham s6 y =+x* +1+x” cd gia tri lon nhat, gid tri nho nhat trén doan [—1;1] [an lwot
la:
A.N2-1;0. B.V2+1;0. C.1;-1. D. 1; 0.
(D¢ thi T6t nghiép THPT - 2004)
Gi4 tri 16n nhat ctia ham s& y =2sinx —%sin3 x trén [0; 7] 1a:
2
A. r[r(}'ai(yzl B. maxy=—. C. maxy =0. D.maxy=——.

[0ir] 7 3 [0i7]
(D¢ thi Té6t nghiép THPT - 2002)

Gia tri nho nhat cua ham s6 y = V2 cos2x +4sinx trén doan {O;%} la:

A. miny:4—\/§. B. miny:2x/§. C.miny:\/i. D. miny =0.
0;=

t 3 & 3

VT ~ . T \
Gia tri nho nhat ctia ham s6 y =5cosx —cos5x véi x e [—Z,Z} la:

A.min y=4. B. miny=3v2. C. miny=3y3. D. miny=-1.

2] 4] 4] ]

Ham s6 y=sinx+1 dat gia tri 16n nhat trén doan {—% ,%} bang:

A. 2. B. C.0. D. 1.

Ny

Ham s6 y = cos2x -3 dat gid tri nho nhét trén doan [O ;7[:' bf?mg:
A. 4. B. 3. C. 2. D. 0.

\ A .7 . 2 A, A 72- . o« A? 7 Y A
Ham s0 y =tanx+x dat gia tri nho nhat trén doan [O;Z} tai diém c6 hoanh d06

bang:
A.0. B. 2. C.1+2. D.1.
4 4
Ham s6 y =sinx+cosx cd gid tri nho nhat, gid tri 1on nhat lan lwot la:
A -2;2. B. —2; 2. C.0;1. D. -1;1.

Ham s6 y =3sinx—4sin’ x ¢4 gid tri 16n nhat, gia tri nho nhat [an luet la:

A. 3 —-4. B.1,0. C.1;,-1. D. 0; —-1.

Ham s6 y =sin® x+2 ¢ gid trj nho nhat, gia tri 16n nhat Ian lwot bang:

A.0; 2. B.1,3. C.12. D. 2; 3.

Ham s6 y =-9sinx—sin3x cd gid tri 1on nhat va gia tri nho nhat trén doan [0; 72'] lan
lwot la:

A.0; -8. B. 8§ 0. C.1 -1. D. 0; -1.
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Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Ham s6 y = J3sinx+cosx c6 gia tri 16n nhat, gia tri nhé nhat [an luot la:

A. 0; 1. B. V3;0. C. V3; -1. D.2; -2,

Ham s6 y = cos® x—2cosx -1 ¢d gia tri nho nhat va gia tri 16n nhét trén doan [0;%]
Tan luot bang y,;y, . Khi d6 tich y,.y, c6 gia tri bang:

A.E. B. 4. C E D. 1.

4 "8
Ham s6 y =cos2x+2sinx co gia tri 16n nhat, gia tri nho nhat trén doan {O ,%} lan
luot 1a y,;y, . Khi d6 tich y,.y, c6 gia tri bang:

A. —1. B. -1. C.l. D. 0.

4 4
Ham s6 y = cos2x—4sinx+4 c6 gia tri 16n nhat, gia tri nho nhat trén doan {0;%} la:

A.%;O. B.5; 1. C.5 1. D.9: 1.

Ham s6 y =tanx+cotx dat gid tri 16n nhat trén doan {% ,%} tai diém c6 hoanh do

la:
AL B. 2. c 2.z, D. Z.
4 6 6 3 3
Ham s6 y = cosx(sinx + 1) o gia tri 16n nhat va gia tri nho nhat trén doan [O; 7Z':| lan
lwot la:
A. 1. B. 2. C. +i D. 2;0.

Ham s8 y =sin’ x+cos’ x ¢6 gia tri 16n nhét, gia trj nho nhét trén doan [ 0; 7 | lan
lwot 1a y,;y, . Khi d6 hiéu y, -y, c6 gia tri bang:

A. 4. B. 1. C.3. D. 2.

Gid tri nho nhat ciia ham s6 y =e*(x* —x—1) trén doan [0;2] la

A. miny = —2e. B. I[Iollzljly =e’. C. miny =-1. D.miny =—e.

lo2) 2] Y [0:2]
Gid tri nho nhat cia ham s8 y = e*(x”* - 3) trén doan [—2; 2]

A. miny =¢’. B.miny = —2e. C. miny=e¢” D. miny =—4e
[-2:2] [-2; 2] [-2:2] [-212]
Gia tri 16n nhat cia ham s6 y =¢* +4¢™ + 3x trén doan [1;2] béng
», 4 4
A.maxy=e”+—+6. B. maxy=e+—+3.
[12] e [1:2] e
C. rﬂ;g]xy:6e+3. D. rﬂ%xy 5.

Gid tri 16n nhat cia ham s8 f(x) = x.e™* trén doan [O; 1] bang
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Cau 43.

Cau 44.

Cau 45.

Cau 4e6.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

1 1
A. n[%;al\]xy =1. B. %;%x f(x)= R C. rfb%x f(x)=0. D. %%x f(x)= e

Goi M la gid tri 1on nhat va m la gid tri nho nhat cia ham s6 f(x) =x* —In(1-2x) trén

doan [—2;0] .Khi d6 M +m béng

A. z—lnlO. B. z—lr17. C. z—lnE § D. E—1r1102.
4 4 4 2 27 4
Ham s6 f(x) =—— trén doan z ;5—7[ o gia tri 16n nhat la M, gia tri nho nhat 1a m.
sinx 3 6
Khi d6 M — m bang
A.Z—L. B. 1. C -1. D.-1.

2
V3 ' 3
Ham s6 f(x)=2sinx+sin2x trén doan [0;377[} o gia tri 16n nhatla M, gia tri nho
nhat 1a m. Khi d6 M.m bang

A. -343. B. 3\3. C. —@. D. @

4 4
i Ny 1y A : 7 37,
Gia tri lon nhat cia ham s6 y = trén khoang | —;— | la:
cosx 2 2
A.Khong ton tai.  B. 1. C.r. D.-1.
Gia tri nho nhét ctia ham s8 y =—— trén khoang (0;7) la:
sin x
A -1 B. 1. C. % D. Khong ton tai.

Goi M la gid tri 16n nhdt va m la gid tri nho nhat cia ham s6 y = xy/1-x* . Khi d6
M +m bang
A.2. B. 1. C.0. D. -1.

Gid tri nho nhat ctia ham s6 y = 3++/x* —2x+5 bang
A. mRinyz?). B.mRiny=5. C. mRiny=3+x/g. D. mRinyzO.
Gid tri nho nhat ctia ham s6 y = x +/2x* +1 bang

. 1 . . .
A.m]Rmy—E. B. mRmy—O. C. mRmy—l. D. mﬂgny—\/i

Gid trj 16n nhét ctia ham s8 y =vx+4 +4—x —4/(x+4)(4—x) +5 bing
A. r[{141>]<y=10. B. r[{l4i>]<y=5—2\/5. C. r[{14i1>]<y=—7. D.r[rll%(y=5+2\/§.
Gid trj 1én nhat ctia ham s§ y =2sin® x +2sinx-1 bang

-3
A. mﬂgxyzél. B. mﬂgxy:?. C.mRaxy=3. D. mRaxyz—l.

Gi4 tri 16n nhét cia ham s8 y =2sin* x +cos* x+ 3 bang
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. . . . 31
A. mRmy—S. B. mRmy—S. C. mRmy—AL. D.mRmy—g.

Cau54. Goi M la gia tri 16n nhat va m la gia tri nhé nhét ctia ham s8 y = 2sin® x + cos* 2x. Khi

d6 M + m bang
A. ﬁ B. 4. C. g D. 2.
27 27

Cau55. Goi M la gia tri 16n nhat va m la gia tri nho nhét ctia ham s6 y =sin® x + cos™ x . Khi

d6 M.m béng

A.S%. B. 1. C.0. D.%.
Cau56.  Gia tri nho nhat cia ham s8 y=+x+1 la:

A. khodng c6 gid tri nho nhat. B. c6 gid tri nho nhat bang 1.

C. c6 gia tri nho nhat bang —1. D. c6 gia tri nho nhat bang 0.

Cau57. Choham s y=+/x*—x+1.Khang dinh nao sau day ding:

A. Ham s0 khong 6 gid tri 1on nhat va gid tri nho nhat.

B. Ham s& c6 gia tri nho nhat bang g; khong c6 gia tri 16n nhat.
2 N 1 e s 12 A, M \/g P . 5 A~ M 1
C. Ham s0 co gia tri 1on nhat bang - 8ia tri nho nhat bang 5

D. Ham s5 6 gi4 tri 16n nhét bing 73; khong c6 gi4 tri nho nhat.
Cau58. Hamsd y=+1+x++1-x b gia tri I6n nhat, gid tri nho nhat lan luot la:

A 2; 1. B. 1 0. C.2; V2. D.2; 1.
Cau59. Choham s y=+x+1-+x—-2.Khang dinh nao sau day sai ?

A. Ham s0 khong c6 gid tri nho nhét.
B. Ham s& ¢6 gia tri 16n nhét va gia tri nho nhat.
C. Ham s8 c6 gia tri 16n nhat bing /3 .

D. Ham s6 dat gid tri 1on nhat tai x=2.

Cau 60. Goi y,;y, lan lwot la gia tri 16n nhat, gia tri nho nhat cila ham s6 y = Ll 5 trén
x-1 x-
doan[3;4]. Khi dé tich y,.y,la bao nhiéu ?
A.é. B.E. C.E. D.Z.
2 6 4 3

Cau 61. Ham sd y:l+L+
x x+1 x+2
A -2 B. 1 c. -2 p. 11

12 6 60 6

Cau 62. Choham s§ y =x—+/x-1.Khang dinh nao sau day dung:

dat gid tri 1on nhat trén doan [—5; —3] béng:
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N AN r e . 2 A M 3 N A 7 e 14 A~
A. Ham s0 c6 gia tri nho nhat bang 2 Ve khong c6 gia tri 16n nhat.
\ A .7 . 2 A~ M 3 2 .7 s 1z ~, M
B. Ham s0 c6 gia tri nho nhat bang 1 va gia tri lon nhat bang 1.

C. Ham s0 khong c6 gid tri 16n nhat va gid tri nho nhat.
D. Ham s& dat gia tri 16n nhat tai diém cé hoanh d6 x =1 va gia trj 1én nhat bang 1.

Cau 63. Hamsd y=+1+x> +41-x> dat gia tri nho nhat [an luot tai hai di€m 6 hoanh do:

A. 0. B. +1. C. +/2. D.2.
Cau 64. Ham s8 y =sin® x+cos* x co gid tri nhd nhat, gia tri 16n nhat lan luot la:
A. -2, 1. B.0O; 2. C.%;l. D.0O; 1.

Cau 65. Ham s0 y=sin® x—cos” x ¢d gid tri 16n nhét bang:

A. 0. B. 1. C. -1. D. Khong ton tai.

Ciu66. Hamso y= J1+2sinx.cosx dat gia tri nho nhat trén doan [O;%} tai diém c6 hoanh

do la:
A x=Z. B.x=2. C.x=0vax=2. D.x=2,
4 6 2 3
Cau 67. Ham s6 y=sin® x+cos’ x ¢6 gid tri 16n nhat, gia tri nho nhat [an luot la:
1 1
A. 1, -1. B. 2;0. C.—;-1. D. 1, —.
4 4

Cidu 68. Hams6 y= (xz +2x+3)(x2 - 2x—2) 6 gia tri 1on nhat la:

A.c6d gia tri l6n nhatla 0. B. c6 gia tri 16n nhat la 8.
C.cogiatrilénnhatla 2. D. khong c6 gia tri 16n nhat.
2 — N
Ciu69. Hamso y= \72_2 co gia tri nho nhat tai diém cé hoanh d6 bang:
x +1
A. 0. B. 2. C. 3. D. 2.
Cau70. Hamso y= (x—l)(x—Z)(x—S)(x—4) 6 gia tri 16n nhét, gia tri nho nhat trén doan
[-1;3] 1a:
A. 10;—2. B. 120; 1. C. 10; -1. D. 120; -1.
4
Cau7l. Ham s8 y=+v1-x+Vx+3++1-x~/x+3 6 gia tri 16n nhat, gi4 tri nho nhat 1a:
A. 242-2;2. B. 242+2; 2. C. 2v2; 2. D. 2;0.
Cau72. HamsG y=+x+2++2-x+2vJ4—x* dat gia tri 1én nhat, gia tri nho nhat tai diém c6
hoanh d6 la:
A 222+42. B. 242 -2;2. C. 2v2;2. D. 4;2.

Cau73. Hams6 y=+x+1+3/x+1 cd gid tri nho nhat, gid tri 16n nhat trén doan [0; 63] la:
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Cau 74.

Cau 75.

Cau 76.

Cau 77.

Cau 78.

Cau 79.

Cau 80.

Cau 81.

Cau 82.

Cau 83.

Cau 84.

A. 2;12. B. 1,2. C.0;2. D. 0;12.

sinx+1

Ham s6 y =
2x+3

.7 . 7 A, .7 . 2 A A 72- 72- .
- dat gia tri lén nhat, gia tri nho nhat trén doan {—E ,E} tai
sin

diém c6 hoanh d¢ bang

A,x:_ﬁ;xzﬁ, B. x=
2 2

;xzz. C.x=£;x=—£. D.x=0;x=£.
2 6 2 2

o N

\ ~ 1 | R A \
Ham s0 y=x+—+ x*+ — €0 gia tri nho nhat, gia tri 16n nhat trén doan [1;3] la:
X X

A. 3;2. B. 1;4. C. 1;2. D. 4;2.
9 9 9

2
Ham s y=x"+ (x4 —1) dat gia tri 16n nhat, gia tri nho nhat trén doan [1;2] lan luot

tai hai diém c6 hoanh d¢ x;x,. Khi dé tich x,.x, c6 gia tri bang

A1 B. 2. C.15. D. 0.
Ham s8 y=x” +3x++/x* +3x+2 gia tri nho nhat lan luot bang;
A. 2. B. 0. C. 2. D. 2.

Jx

\/;4-1

Héms6y:\/;+

o gia tri 16n nhat va gia tri nho nhat trén doan [0;4] lan

lwot 1a:
A. §;0. B. §;—§. C. 0;—§. D. %;O.
3 3 3 3 5
Trong s6 cac hinh chit nhat ¢6 cung chu vi 16 cm, hinh chit nhat c6 dién tich 16n nhat
bang:
A. 64 cm2. B. 4 cm2. C. 16 cm2. D. 8 cm2.
Trong tat ca cac hinh chit nhat c6 cuing dién tich 48 cm2, hinh ch nhéat c6 chu vi nho
nhat bang:
A. 16+/3 cm B. 4/3cm C.24 cm D. 83 cm
Hai s6 ¢6 hiéu 1a 13, tich cia chung bé nhét khi hai s6 d6 bf!mg
A.5;-8. B.1;,-12. _713,§ D.6;,-7.

Mot chat diém chuyén dong theo quy ludt S=6t* —t°,van tc v (m/s) cia chuyén
dong dat gid trj 1én nhat tai thoi diém t (s) bang
A.2(s) B.12(s) C.6(s) D.4(s)
Tam giac vuong c6 dién tich 16n nhat la bao nhiéu néu tong ctia mot canh gdoc vudng
va canh huyén bang hang s6 a (a > 0)?

s B ¢ D.

6v3 9 9 33

Mot hop tac xa nudi ca thi nghiém trong ho. Nguoi ta thay rang néu trén mdi don vi

A.

dién tich cia méat ho c6 n con ca thi trung binh moi con ca sau mot vu can nang
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Cau 85.

Cau 86.

Cau 87.

Cau 88.

Cau 89.

Cau 90.

Cau 91.

P(n) =480-20n (gam). Hoi phai tha bao nhiéu ca trén mot don vi dién tich ctia mat
h6 d€ sau mot vu thu hoach duoc nhiéu gam ca nhat?

A.12. B. 24. C.6. D. 32.

D6 giam huyét ap cua mot bénh nhan dwoc cho boi cong thiee G(x) = 0.025x*(30 - x),
trong d6 x 1a liéu lwong thudc duoc tiém cho bénh nhan (x dwgc tinh bang miligam).
Liéu luwong thudc can tiém cho bénh nhan dé huyét 4p giam nhiéu nhat bang

A. 100 mg. B. 20 mg. C.30 mg. D. 0 mg.

Mot con cé hoi boi ngugc dong dé€ vugt khoang cach 1a 300 km. Van t6c dong nudce la
6 km/h. Néu van tdc boi cua ca khi nuwdc ding yén la v (km/h) thi nang luwong tiéu
hao ctia ca trong t gio dwoc cho boi cong thite E(v) =cv’t, trong d6 ¢ 1a hang s6 va E
tinh bang Jun. Van tdc boi ctia ca khi nuéc ding yén dé nang lugng tiéu hao la it
nhat bang

A. 6 km/h. B. 8 km/h. C. 7 km/h. D. 9 km/h.

Sau khi phét hién mot bénh dich, cic chuyén gia y t& wéc tinh s6 nguoi nhiém bénh
ké tir ngay xudt hién bénh nhan dau tién dén ngay thit t la
f(t)y=45t"-+°,t=0,1,2,...,25.Néu coi f(t) 1a ham s6 x4c dinh trén doan [0;25] thi dao
ham f'(t) duwoc xem la t6c do truyén bénh (nguoi/ngay) tai thoi diém t. Xac dinh ngay
ma toc do truyén bénh la 16n nhat?

A.Ngay tht19.  B.Ngay tht 5. C.Ngay thz 16.  D. Ngay tht 15.
Cho AABC déu canh A. Nguoi ta dung mot hinh chit nhat MNPQ c6 canh MN nam
trén BC, hai dinh P, Q theo th tw ndm trén hai canh AC va AB ctia tam gidc. Xac
dinh vi tri ctia di€m M sao cho hinh chit nhat cé dién tich 16n nhat ?

A, BM =22 B. BM =27 Cc. BM=2. D. BM=2.
3 4 3 4

Mot hop khong nép dwoc lam tit mot manh cac tong theo

N h
mau nhu hinh vé. Hop c6 day la mot hinh vuong canh x ~> Ih

cm, chiéu cao h cm va c6 thé tich 500 cm3. Gi4 tri cua x dé

dién tich cia manh cac tong nho nhat bang
A. 100. B. 300. hI X e—
C. 10. D. 1000.

Trong cac hinh tru ndi ti€p hinh cdu ban kinh R, hinh tru c6

thé tich 1én nhat bang

. 47R’ B 47R’ 7R’ D. 47R’ -

T. m C.ﬁ' 3

Cho mot tdim nhom hinh vudéng canh A. Nguoi ta cat ¢ 4 goc 4 hinh vudng bang

A

nhau, roi gap tdam nhom lai d€ duwoc mot cai hop khong nap. Tim canh ctia hinh

vudng bi cat sao cho thé tich ctia khdi hop 1a 16n nhat?
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Cau 92.

Cau 93.

Cau 94.

Cau 95.

Cau 96.

Cau 97.

Cau 98.

Cau 99.

Cau 100.

Cau 101.

e S
a 7/
X
A2 c. 2. D. 2.
6 12 9
Gid tri 16n nhat M, gia tri nho nhat m ctia ham s6: y =2sin” x+2sinx—11a:

A.M:—l;m:_??). B. M=3;m=-1. C.M:3;m:_73. D.M:%;m:—?).

Gid tri 16n nhat M, gia tri nhé nhat m caa ham s6 y =2cos2x +2sinxla:

A.Mzg;m:—ﬁl. B. M=4,m=0. C,M:O;m:—g, D.M:4;m:—2.
4 4 4
Gia tri 16n nhat M, gia tri nho nhat m ctia ham s6 y =sin® x —4sin” x + 51a:
A M=2,m=-5. B. M=5m=2. C M=5m=-2. D. M=-2;m=-5.
Gid tri 16n nhat M, gia tri nho nhat m ctia ham s6 y =sin® x +cos® x +2 1a:
11 11 11 11

A M=3m=-—. B.M=—m=-3. C.M=3;m=—. D. M=-—;m=-3.
4 4 4 4

2 cos? x+|cos x|+1

Choham sd y = . Goi M la gid tri 16n nhat va m la gia tri nho nhat

|cos x| +1
ctia ham s8 da cho. Khi &6 M+m bang
A. -4 B.-5. C.-6. D. 3.

sinx+1

Choham s6 y = . Goi M 1a gia trj 16n nhét va m la gia tri nho nhét ctua

sin x+sinx+1

ham s6 da cho. Chon ménh dé dung.

A.M:m+%. B. M=m+1. C.M:%m. D.M:m+%.

Gi4 tri lén nhat cia ham s8 y = %x3 —%xz —6x+3 trén doan [0;4} la:

A. —%. B. 2. C. 1. D. 3.
Gi4 tri nho nhat cia ham s6 y = (x + 3)\/ —x?—2x+3 la:

A.2. B. 1. C.0. D. 3.
Gia tri 16n nhat cia ham s6 y = Jx—2+4-x 1a:

A.-2. B. 2. C.3. D.-3.
Ham s6 y = 2sin® x +5cos® x—1 c6 gia tri nho nhat bang:

A. 3. B. 2. C. 1. D. 4.
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Cau 102.

Cau 103.

Cau 104.

Cau 105.

Cau 106.

Cau 107.

Cau 108.

Cau 109.

Cau 110.

Cau 111.

Cau 112.

Ham s8 y=x++18-x" c6 gia tri 16n nhat bang:
A. 5. B. 6. C.6. D. -5.

\ ~r 7 7 .7 . 2 A, M
Ham s8 y =2cos’ x— 5 cos’x—3cosx+5 ¢d gia tri nho nhat bang;:

A.E. B.l. C.E. D. 1.
2 2 2

Ham s8 y=-2sin® x +3cos2x —6sinx +4 co gia tri 16n nhat bang:

A. 6. B. -7. C.8. D. 9.

Cho hai s6 thuc x, y théaman x>0,y >1; x+y =3. Gia tri l6n nhat va gid tri nho

nhat cta biéu thitc P = x” +2y* + 3x* + 4xy — 5x Ian luot bang:

A. 20 va 18. B. 20 va 15. C. 18 va 15. D. 15 va 13.
/ 2
Gid trj 16n nhét ctia ham s6 y = % trén khoang (0; +) la:
X"+
RS B 22 c. 32, p. -2,
2 2 4 2
Ham s6 y =+/45+20x” +[2x -3 ¢6 gia tri nho nhét bang:
A. 9. B. 8. C.9. D. -8.

(Dé thi Dai hoc Khéi B - 2003)

Ham s8 y = f(x)=x+V4—x* cb gia tri nhé nhat bang:

A. 242 B. -2. C. 0. D. 2.
(Dé thi Dai hoc Khéi D - 2003)

x+1

Var+1

Ham s6 y = f(x)= o gia tri 16n nhét, gia tri nho nhat trén doan [—1;2] lan

luot bang:

A 20 B. V/5: 0. C. v/2;0. D. /5;

\/g s
(Dé thi DPai hoc Khéi B —2004)

2

Gid trj 16n nh4t cia ham s y = trén doan [1;e3] la:

A. 0. B. 2. c p. 2
e’ e’ e
(Pé thi Pai hoc Khéi D - 2011)
2
Gid tri 16n nhat, nho nhét céia ham 8 y = 2"*—31”3 trén doan [0;2] Tan luot 1a:
X+
A. %;3 B. %;—5. C. 3; -5. D. -3; 5.

(Pé thi PH Khéi D - 2009)

Cho cac s6 thue x, y thGaman x>0,y >0 va x+y=1. Gia tri 1én nhat M, gia tri

nho nhat m cua biéu thic S = (4x” +3y)(4y” +3x) +25xy 1a:
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Cau 113.

Cau 114.

Cau 115.

Cau 116.

A.Mzé;mzﬂ. B.M=12;m=ﬂ.
2 16 16
C.M:%;mzll D.M:22—5;m:O.

(Dé thi PH Khai D -2012)
Cho céc s6 thue x, y thoa man (x—4)2 +(y—4)2 +2xy <32. Gid tri nho nhat m cua
biéu thitc A=x"+y° +3(xy-1)(x+y-2) la:

_17-5/5
.

A.m B. m=16. C. m=398. D. m=0.

(Pé thi PH Khoi A-2006).

Cho hai s6 thuc x#0, y =0 thay ddi va thoa man diéu kién (x+y)xy = x> +y° —xy.

Giéi trj 16n nhdt M ctia bidu thite A==+~ Ia;
Xy
A. M =0, B. M =0. C. M=1. D. M=16.

(Pé thi PH Khéi B- 2011).

Cho a, b 1a cac s8 thuc dwong thoa man 2(a® +b*) +ab = (a+b)(ab+2). Gia tri nho
3 3 2 2
nhét m cua biéu thie P= 4(5—3+b—3]—9(g—2+b—2] la:
a a

A. m=-10. B. m=—. C.m=——. D. m=0.

(Pé thi DH Khéi D- 2014).
Cho hai s6 thuc duong thoa man1<x<2; 1<y <2. Gia tri nho nhat m ctia biéu thirc
x+2y y+2x 1
=— +— +
x*+3y+5 y +3x+5 4(x+y-1)
85
1

A. m=0. B. m C. m=-10. D.ng.
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II. DAP AN VA HUONG DAN GIAI

1B 2C 3B 4D 5B 6C 7A 8B 9C 10C
11A 12A 13A 14D 15C 16D 17D 18D 19A 20B
21B 22D 23C 24A 25A 26A 27A 28B 29C 30D
31B 32D 33B 34A 35C 36C 37C 38D 39D 40B
41A 42D 43A 44B 45A 46D 47B 48C 49B 50A
51D 52C 53D 54C 55A 56D 57B 58C 59B 60C
61C 62B 63B 64C 65B 66C 67D 68D 69D 70D
71B 72A 73A 74C 75D 76B 77A 78A 79C 80A
81C 82A 83A 84A 85B 86D 87D 88D 89C 90B
91B 92C 93A 94B 95C 96D 97B 98D 99C 100B
101C 102C 103B 104D 105B 106C 107C 108B 109C 110C
111A 112A 113A 114D 115C 116D
Caul. ChonB.
Nhan xét: Ham s8 f(x) lién tuc trén [0;2]
Ta c6 y’=3x2—3=3(x2—1)' y=0c ¥=1 =(0:2)
’ x=-1¢(0;2)
y(1)=3;y(0)=5,y(2)=7.Do do I[I(},i;]ﬁy =y(1)=3
Cau2. ChonC.
Nhan xét: Ham s8 f(x) lién tuc trén [-4;4]
x=-1 e(-4;4)
Tacd f'(x)=3x*-6x-9; f'(x)=0<=
f( ) f( ) Lc=3 e(—4;4)
f(-4)=~41; f(-1)=40; f(3) =8; f(4)=15. Do d6_min. f(x) = f(-4)=-41
Cau 3. Chon B.
Nhan xét: Ham s8 f(x) lién tuc trén [1;3]
x=4 ¢(1;3)
Tacd f'(x)=3x"-16x+16; f'(x)=0<| 4
xX=— € (1; 3)
3
4 13 4 13
D=0;f|=|=—;/B)=—-6.Do ddé maxf(x)=f| = |=—
10 f@ ) max (x) f@ =
Cau4. ChonD.
Nhan xét: Ham s8 f(x) lién tuc trén [0;2]
Taco f'(x)=4x’—4x= 4x(x2 —1).
Xét trén (0; 2). Ta cé f’(x) =0 x=1;Khidd f(1)=0; f(0)=1; f(2)=9
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Cau 5.

Cau 6.

Cau 7.

Cau 8.

Do do %gﬁ(f(x) =f(2)=9

Chon B.

Nhan xét: Ham s8 f(x) lién tuc trén [—4; +oo)

Ta cd: y = (x> +6x)(x* +6x+8)+5. Dt t=x" +6x . Khid6 y=t>+8t+5
Xétham s6 g(x)=x>+6x véi x=-4.Tacd ¢'(x)=2x+6;¢'(x)=0x=-3
1115, 8 = 40

X -4 -3 +00

g'(x) — 0 +

g(x) —8\ B "

Suy ra t €[ -9;+x)

Yéu cau bai todn trd thanh tim gia tri lon nhét, gid tri nhd nhat cua ham s6
y=h(t)=t"+8t+5 vbi te[-9;+x). Tacod W'(t)=2t+8; H'(t)=0 <t=—4; tlimh(t):+oo
Bang bién thién
x -9 —4 +00
h’(x) — 0 +

h(x)
x 14\_11/'

400

Vay min y=-11

[—4;+oo)
Chon C.

Nhan xét: Ham s6 da cho lién tuc trén [0;3]

1

Tacod y' = >0 voi Vxe|0;3|. y(0)=-1,y(3)==.Do d6 miny =y(0)=-1

y (1) [0:3]- w(0)=-Ly(3) =3 miny =y(0)
Chon A.
Nhan xét: Ham s6 da cho lién tuc trén [2;4]

9 x2_9 x=-3 e(2;4)

Tacby'=1-—=——; Y =0

Y x> X 4 x=3 6(2;4)

13 25
Tacd y(2)=—;y(3)=6;y(4)=—.Do d6 miny=y(3)=6
Y(2) ==y =6y(4) =~ miny =y(3)
Chon B.

Ham s& xac dinh véi Vxe(1;+oo)

Nhan xét: Ham s8 f(x) lién tuc trén(l; +oo)

Taco f(x)=x+ 1 f'(x)ﬂ_(x_lnz :(X;__f)f; f'(x)=0<:{izg; lim () =+

lim f(x) =+
x—1*
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Bang bién thién:

X 2 400
f'(x) - 0 +
+00
f(x) \ ; /

Ttr bang bién thién ta co: n(qin)f(x) =f(2)=3

Cau9. ChonC.
Ham s6 xac dinh vdi Vx e R
Nhan xét: Ham s8 f(x) lién tuc tréen R
, 8x*-12x-8

, 1 ..
Ta co Yy :W ;Y =0 ©x=2; XZ—E. }Ll’gof(x)=1

1

X | —o0 —— 2 +00
2

y’ + 0 — 0 +

Vay maxy=9=y(-2)
R 2
Cau 10. Chon C.
Diéu kién xac dinh: 5-4x>0< x < Z Suy ra ham s6 xac dinh voi Vx e [—1;1]

Nhan xét: Ham s6 f(x) lién tuc trén doan [-1;1]

5-4x

Taco y'= <0,Vxe [—1; 1] .Do do 1[1}15;11>J<y =y(-1)=3; 1[1_111ﬁ1y =y(l)=1

Cau 11. Chon A.
TXD: D=R.Tacé: y'=x"-4x+3; y'=0< x> -4x+3=0 < x=1 hodc x=3.
Khi dé: y(1)=—§; y(3)=—4; y(5)=§ = gid tri l6n nhat ciia ham sé’bﬁmg%
Cau 12. Chon A.
Tacod: y' =4x" —4x; y'=0< 4x° —4x=0 <:>4x(x2—1)=0<:>x=il hodc x=0
Khi d6:y(0)=1; y(1)=0; y(2)=9 = Ham s6 c6 gia tri 16n nhat, gia tri nho nhat lan

lwot 1a 9;0
Cau 13. Chon A.
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Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

>0;VxeD.

TXD: D=R\{-2!.Taco: vy' =
(2} Tacory (x+2)2

Khi d6: y(O):—%; y(Z):% = Ham s8 c6 gid tri 16n nhat bang i.

Chon D.
TXD: D= R\{z} .Taco: y' = % >0;Vxe [3;4] =Ham s dong bién trén doan
x—
[3;4]. Vay miny =y(3)=6 va maxy=y(4) =E.
[3:4] [3:4] 2
Chon C.
TXD: D=R

Y=2x+2; y'=02x+2=0=x=-1 g[O;l].y(O):l;y(l):él suyra y,.y, =4.

Chon D.

TXD: D=R.Tacd: y'=x>-5x+6; =0 x*-5x+6=0 < x=2 hodc x=3
Khi d6: y(l):%;y(Z):%;y(?)):lz_l =x =2x=1=x+x,=3

Chon D.

TXD: D=[-2;2].Taco: y' = =0 < x=0

-X , x
;=0

Na—x* 4-x*

Khi d6: y(-2)=0;y(0)=2;y(2)=0

= Ham s6 dat gia tri nhé nhat tai diém c6 hoanh d6 x =12

Chon D.

TXD: D=R.Tacé: y=(x—1) +(x+3) =22% +4x+10.
Taco: y'=4x+4; y=0=x=-1
Bang bién thién:
X | —o0 -1 +00
— 0 +
—+00, +00
y \ /
8
Tt BBT ta thdy ham s8 c6 gia tri nho nhat bang 8.
Chon A.

TXD: D=(O;+oo).Tacc'): y’=1_12nx; y’:0<:>1_12nx:0<:>1—1nx=0<:>x=e
X X

Khi dé: y(l) = O;y(e) 1 Hams6 s gia tri nho nhat bang 0.
e

Chon B.
x+2

(x2+2)\/m

TXD: D=R.Tacé: y'=

;Y=0x=-2
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Cau 21.

Cau 22.

Cau 23.

Cau 24.

Khi d6: y(-3) =- 3= %%, =0

e L o NI

X, =—

Chon B.

TXD: D=R.Tacé: y'=

i

=0 42y x| 2 |- 0 x =0
x> +1 x> +1

Khi do: y(-1)=v2+Ly(0)=Ly(1)=v2 +1.
Chon D.

Ta cd y' =2cosx—4sin® x.cosx = 2 cos x(1-2sin” x) = 2 cos x.cos 2x

N cosx =0
Neén y'=0< 2cosx.cos2x =0 <
cos2x =0
3z
Trén (0;7), y' =0 zz=
rén (0;7), y' = <:>xe{2 X 4}
T) 2 Vd 3z 2\/5
0)=0; =0yl === Y| |=Yy|— |=—
v0)=0iy(x) y(zj 3‘1/(4} (4J 3

Chon C.
TXD: D=R.Tacé y=-2+2sin? x+4sinx++2

bat t=sinx,xe{0;£}:te[0;l]
2

Khi d6, bai toan tro thanh tim gia tri 16n nhat, gia tri nho nhat cua ham sd

y=g(t) =22 +4t++/2 trén doan [0;1]

g’(t):—4\/§t+4:4(1—\/§t); g'(t)=o@4(1—\5t)=o@t=ie(0;1)

NG
8(0)=v2; g(1) = 4—2; g(—=) =242

(

Do d6 mmy \/—( x/§<:>sinx=0,sin0=0)
xeof
2
Chon A.

Ta co y=5cosx—cos5x nén y' =-5sinx+5sin5x

_krx
. . . Sx=x+k2x = 2
y'=0&sinbx =sinx < =
Sx=rm—-x+k2x T kx
X g'i‘

"6 3
T T T
Tren{4 4} Y= 0<:>xe{0—g g}
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Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

v0-8:5(-5)-s(5)- o5 )o(5)- 2

Vay min_y=4=y(0)

xXe| ——;—

44

TXD: D=R.Taco y’zcosx;y’zo<:>cosx:0<:>x:%+k7z(keZ)
Vixe _ﬁ;ﬁ —x=-= hoac x==.
22 2 2

T

Khi do: y(—z

j:O;y(%j:2 = gid tri 16n nhat cia ham s& bang 2.
Chon A.

TXD: D=R.Taco: y'=-2sin2x; y’=0<:>sin2x=0<:>x=k7ﬂ-;(keZ)
Vi xe[O;zz]zxe{O;%;n}. Do d(’):y(()):—2; y(%j:—él = miny=-4

Chon A.

5 +1>0;VxeD

TXD: D:R\{£+k7r}.Ta cod: y' =
2 Ccos” x

= Ham s6 dong bién trén D = miny =0.
Chon B.

TXD: D=R. Ta co: y:ﬁsin(aﬁgj

Vi —1Ssin(x+%j£1<:>— 2 Ssin(x+%jsﬁ = miny:—x/E;maxy:x/E

Chon C.

TXD: D=R.Taco: y=3sinx—4sin’ x=sin3x = miny=-1;maxy=1.
Chon D.

TXD: D=R.Tacd: 0<sin*x<1<2<sin*x+2<3 = miny =2;maxy =3.
Chon B.

TXD: D=R.

Ta cd: y'=-9cosx—3cos3x =-9cosx—12cos’ x+9cosx =—-12cos’ x

y’=0<:>cosx=0<:>x=%+kn.\/‘1: xe[O;ﬁ]:x:%.
Do do: y(O):O; y[%jz—& y(;r)=0:>miny=—8; maxy =0

Chon D.

TXD: D=R.Tacé: y:x/gsinercosx:Zsin{er%j
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Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Ma —1£sin(x+%js1<:>—2£25in(x+%}£2 = miny =-2;maxy =2

Chon B.
TXD: D=R. Ta co: y'=—251nxcosx+2sinx=—ZSinx(cosx—1)

(keZ)

x=k27

sinx =0 x=kr
cosx=1

y’:0<:>—2sinx(cosx—1)=0<:{

Vi xe[O;;r]:sz hoac x=r.

Y, =2

=YY, =4

Khi do: y(O)z—Z; y(;r)=2 :>{
2
Chon A.

TXD: D=R.Taco: y'=-2sin2x+2cosx =—2cosx(25inx—1)

x:£+k7r
2
cosx=0 .
y’:0<:>—2cosx(2sinx—1)=0<:> ) 1< | x==+k2n
smx:E 6
x:5—”+k27r
L 6
T
x:g y - =1 3
N\ 2 2 ylz—
Vixe|0,—|= = = 7.
6 y 6 2 2

Chon C.
TXD: D=R. Ta co: y'z—ZSin2x—4cosx=—4cosx(sinx+1)
T
, {Cosxzo x:5+k7r
y=0& =

S PR VP

. p/a T . as T
Vi xe[o;a}:x:E. Khi d6 y(O):5; y(Ej:—l.
Chon C.

fa2 2 _
TXD:D:]R\{%Z}.TacO’;y': I 1 sin"x—cos"x _ cos2x

cos’x sin*x  sin*x.cos’x  sin® x.cos® x
—CoSs2x

:0<:>cos2x:0<:>x=£+k—”.V‘1xe f;f —x==.
4 2 6 3

"'=0&
4 4

sin? x.cos? x

1 T T 1
Khi dé: ﬁ}ih_ﬁ(%:z(ﬂ:@+_
y(é N VYRR N
Chon C.
TXD: D =R

Ta co: y' =—sinx(sinx+1)+cos® x =—2sin* x—sinx +1
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sinx=-1 5
y=0 1 ox=—"1+k2x hoac x="4kon hodac x=22 1 kon
sinx =— 2 6 6
2
\ V4 v Y4
Vi xe[O;ﬂ]:x:— hodc x=—"—
6 6

N
1]
W
W
<
7\
| )]
B
N
1]
|
W
I%Y
—~
N
N—
1]
|
—_

Khi d6: y(0)=1; y[%

Cau 38. Chon D.
TXD: D=R

Ta cé: y'=3cosxsin® x —3sinxcos’ x =35inxcosx(sinx—cosx)

: : : : T
Y=0& 3s1r1xcosx(smx—cosx):O <> sin2x.sin x——J =0

_x:O y(O)Z].
sin2x =0 x:k_” == y[EJ:_Z
2 4 4 2
<> . T = = =
sin| x—— [=0 T V4 T
( 4) x=—+knr xX== y| = |=1
4 2 2

=y, =Ly, =-1=y,-y,=2
Cau 39. Chon D.
Ham s6 y =e*(x* —x—1) lién tuc trén doan [0;2]
Ta ¢ y’z(ex)'(xz—x—1)+e"(x2—x—l)'=ex(x2—x—l)+ex.(2x—1)=ex(x2+x—2)
) ) x=1 €(0;2)
Cho y'=0se¢'(x"+x-2)=0=x"+x-2=0<
x=-2 6(0;2)
Taco, f(1)=-e; f(0)=-1; f(2)=¢€* . Vay: nﬁg%y:y(l):—e
Cau 40. Chon B.
Ham s6 y = e (x* —3) lién tuc trén doan [—2;2]

Tacod y' =(e")l (x* =3)+e*(x* =3) =e"(x* =3)+e* 2x =€ (x> +2x—3)

) ) x=1 (-2,2)
Cho y'=0=e¢'(x"+2x-3)=0=x"+2x-3=0<
x=-3 eE(—Z;Z)
Ta c6, f(1)=-2¢; f(-2)=¢; f(2)=¢> . Vay, min y =y(1)=-2¢
Cau41. Chon A.

Ham s6 y =e" +4e ™ + 3x lién tuc trén doan [1;2]

Tacod: y'=e"—4e ™ +3, y’=0<:>e"—4e"‘+3=0<:>e"—ix+3=0
e
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c>e2"+3e"—4:0<:>e":1c>x=0e[1;2]
. 4 , 4 A , 4
Taco, y(I)=e+—+3; y(2)=e" +—+6 . Vay: rrﬁ:t;jy: y2)=e"+—+6
e e xe|1; e

Cau 42. Chon D.

Ham s6 f(x) = x.e**lién tuc trén doan [0;1]

Ta co: f'(x)=e*(1-2x); f'(x):O<:>x:% e (0;1)

1 1 1 1 1
JO) f(z) 20 T = Vay /) f(zj 2
Cau 43. Chon A.

Ham s6 f(x)= x> —In(1-2x) lién tuc trén doan [—2;0]

2 -2Qx+1)(x-1)

Tacd f'(x)=2x+
f( ) 1-2x 1-2x

Suy ra trén khoang (-2;0): f'(x) =0 < x:—%
. 1) 1
Co f(0)=0; f(—2):4—1n5;f(—5jzz—ln2
M= max f(x) = f(-2)=4~In5;m= min f(x)= f(—%) _ % “In2

Vay: M+m=%—ln10

Cau 44. Chon B.
o f,(x):_cosx f'(x)=0<:>x=%(xe[£'5ﬂD

R 7 A
sin’ x 3 6

. f@:l, f(g}%,f[%”j:z.vay s 0 =2, it )1

36 36

Cau 45. Chon A.

. f’(x):2cosx+2c052x:4cos§.coss?x

cosﬁzO X=rx 3
e ff(0)=0< 2 P (xe{O,—”D
cos—=0 3
2
o (733 o 37
® f(O)_O’f(EJ_ 2 rf(ﬂ-)_olf(zj_ 2
Vay maxf(x)zﬂ, min f(x)=—

CIANEN

Cau 46. Chon D.
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. y=SNX '=0cox=rx|xe z 3
Y Coszx’y 2’ 2

e Bang bién thién:

e Vay max y = -1 va min y khong ton tai.
&%) &%)
Cau 47. Chon B.
—COosX V3
o Y=—""+1y=0x="(xe(0;x
Y et Y 2 ( ( ))
e Bang bién thién:

oy

e Vay r(r011r)1 y=1va maxy khong ton tai.

Cau 48. Chon C.
TXD: D= [—1;1] . Nhan xét: Him s f(x) lién tuc trén doan [—1;1]

;véi—1<x<1.y’:0<:>1—2x2:0<:>x:i72
—\/2] 1 [\/2] 1

)=0y| — |=—=;y| — |=

y(£1) y[ > 4w

, 1-2x7

1—x?

2
Do dé M:maxy:y(ﬁJ:l;m:minyzy(ﬁJz—l:Mer:O
[-11] 2 2 [-11] 2 2
Cau 49. Chon B.
TXD: D =R.Nhan xét: Haim s6 f(x) lién tuc tréen R

Tacod y' = ;Y =0x-1=0=x=1; limy =+, lim y =+

x—1
[x2 _2x+5 X—+00 X——w

Bang bién thién:

y - 0 +

+00 +00

y \5/
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Do do miny = y(1) =5
Cau 50. Chon A.
TXD D=R.Nhan xét: Ham s6 f(x) lién tuc trén R

., 2x , > x<0 1
Taco y'=1+———; y'=0V2x" +1="2x1 _ | , O xX=-—
V2x?+1 2x* +1=4x 2
lim y =400, lim y =+
Bang bién thién:
X 1 +00
y’ - 0 +
+00 +00
y \ L/
V2
Vay min y khi x——L
xeR f \/E

Cau 51. Chon D.

biéu kién —4 <x<4.Nhéan xét: Ham s§ f (x) lién tyc trén doan [—4;4]

-8

Dit t=x+4+Vh-x S =x+d+4-x+2J(x+4)(4-x) >\(x+4)(4-x) =

-8

Ta c6 y=t—4( j+5=—2t2+t+21=f(t)

Tim diéu kién ctia £ Xétham s8 g(x) =x+4 +V4—x véi xe[-4;4]
1 1
2x+4 2a—x
= min g()=2V2; max g(x)=4 = te[24/2;4]

; (1) =0 x=0; g(-4)=22; g(0)=4; g(4) =22

g'(x)=

F/(t)=—4t+1< 0Vt €[24/2;4] = f(t) 1a ham nghich bién trén [24/2;4]
J{\/ﬁa}cy:f(zﬁ)zmzﬁ
Cau 52. Chon C.
TXD: D=R.Dit t=sinx, -1<t<1.Khidé y=f(t)=2t"+2t-1
Ta tim gia tri 16n nhat, gia tri nho nhat cua ham s6 y = f(t) trén doan [—1;1]. D¢ cling
la gia tri 16n nhat, gid tri nho nhat cua ham s6 da cho trén R.
1 1 3
Tacod: f'(t)=4t+2; f'(t)=0=t=—=€e(-1;1); f(-)=-1,f| —— |=—; f(1)=3
acor f/(1)=4+2; (1 Le(1); =122
trer[1_%>l<]f(t):f(1):3.Do do I?E%xy=3

Cau 53. Chon D.
TXD: D=R. Bién d6i y =2sin* x—sin’ x+4.Dat t =sin’x, 0<t<1
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Xétham s§ f(t) =2t* —t* +4 lién tuc trén doan [0;1]. f'(t) =8> -2t =2t(4t* —1)
Trén khoang (0;1) phuong trinh f'(t)=0<:>t—%
Taco: f(0)=4; f 1 :ﬂ; f(1)=5
2) 8
Vay mmf(t)— 1 t=l :>m1r1y—ﬂ khi sin x—1c>c052x Oc>x—£+k—ﬂ
te[071] 2 R 8 2 4 2
Cau 54. Chon C.
Do sin®x = # neén ta co

4
S=y= 2(#) +cos* 2x = %(1—c052x)4 +cos* 2x

bat t=cos2x, -1<t<1

Bai todn tro thanh tim gia tri 1on nhat, gia tri nho nhat cia ham s S = g(t) = %(1 —t)* + ¢
,voi —1<t<1

Ta c6 g'(t):—1(1—t)3+4t3 ; g'(t):0<:>(1—t)3:8t3<:>1—t:2t<:>t:%

g(1)=1; g(-1)=3; g( ) 217

Vay m= rrunS—z—l7 M=maxS5=3 nén M +m = 3+i:§

27 27
Cau 55. Chon A.

Nhan xét: Ta quy vé hét sin® x
Dit t=sin”x (0<t<1). Yéu cau bai toan trd thanh tim gia tri I6n nhat, gia tri nho nhat

ctiahamsd y = f(t)=t" +(1-1)" v6i t €[0;1]
fi(t)y=10t" -101-t)’; f'(H)=0 =t =(1-t) < t:%

1

f(0)=1; f(Ej:E f=1.

Vay m=miny=5%; M =maxy=1nén M.m=5T12

Cau 56. Chon D.

1
TXD: D=|-1;4+). Taco: 1 = >0, Vxel(-1;+00
[ ) Y 2Vx+1 ( )
Bang bién thién:
X -1 +00
v || +
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Tt BBT ta thdy: Ham s& c6 gid tri nho nhat bang 0 tai x =1
Cau 57. Chon B.

. 2x-1 2x-1 1
TXD: D=R.Taco: y ) xz—x+1’y 0©2m 0o x 5
1
X | o B +00
y’ - 0 +
+00 oo

\ A A A1 .7 . 2 Y v 3 A \ A A 7 .7 <1 A,
Tt BBT ta thay ham s6 co gia tri nho nhat bang B va ham s6 khong c6 gia tri 16n nhat.

Cau 58. Chon C.
1

1
2V1+x  241—-x

1 1
"'=0e - =0Al-x=~1+x<=x=0
Y 201+x  241-x

Khi do: y(-1)=+2; y(0)=2; y(1)=v2
— Ham s8 c6 gi4 tri 16n nhat bing 2, gi tri nho nhat bing 2
Cau59. Chon B.

TXD: D= [—1;1} .Taco: y'=

1 1 _Nx—-2-+x+1

TXD: D=|2; .Taco: y' = - = (VA 2;
[24) Taco: y 2Jx+1 24/x—-2 2\/x—2\/x+1< ve[24)
BBT:
X 2 +00
v || -

Ttr BBT ta thady ham s& da cho c6 gid tri 16n nhat va gid tri nho nhét.
Cau 60. Chon C.
TXD: D=R\{1;2}.

Tacéd: y'=- L 5= L ><0;Vxe D
(x—l) (x—2
BBT:
x |3 4
y’ -
3
y 2\ 5
6
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Cau 61.

Cau 62.

Cau 63.

Cau 64.

Tt BBT ta thdy ham s6 c6 gia tri 1on nhat, gia tri nho nhat lan luot 1a y, = % Y, = LN

_2
Y1-Y» 4
Chon C.
TXD: D=R\{-2;-1;0}
Ta co: y’:—iz— 12— L ><0;VxeD
X (x+1) (x+2)
BBT:
x | =5 -3
y’ -
4
y| 60 o — -l
6
\ A \ A 4 4 . 7 A, M 47
Tt BBT ta thay, ham s6 co gia tri 1on nhat bang TR
Chon B.
TXD: D =[1;+%). Taco:y' =1 1 _2x-i-d
24x -1 2vx-1
O D Lt el S DN Y SO R DU
2vx -1 4
BBT:
5
x |1 — +00
4
y’ 0

-~ +
1 0
y\é/v
4

Tt BBT ta thdy: Ham s6 c6 gid tri nhé nhat bang % va gid tri 16n nhat bang 1

Chon B.
TXD: D =[—1;1].

Taco: y' =

X X

\/l+x2 _\/l—xz zx[\/l+x2 _\/l—x2
. x=0

y =0<:>L/1_x2 e <x=0

Khi d6: y(-1)=+2; y(0)=2; y(1)=+2.

Chon C.

TXb: D=R.

1 1 )_ VI-x? =1+ x

=X
\/1+xz.\/l—x2

6
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Cau 65.

Cau 66.

Cau 67.

Cau 68.

Cau 69.

. . . 1.
Ta cé: y=sm4x+cos4x=1—251n2xcoszx=1—551n2 2x.

Ma OSsinZZxS1<:>%S1—%sin22x£1 :miny:%, maxy=1.
Chon B.

TXD: D=R

Ta cé: y=sin* x—cos* x = (sin2 x —cos’ x)(sin2 x +cos’ x) =—cos2x
Ma -1<cos2x<1<-1<-cos2x<1=maxy=1.

Chon C.
TXD: D=R.

2
Ta cé: y:\/1+25inx.cosx:\/1+sin2x; y'= cosx

~ J1+sin2x

Cos 2% =0<:>cos2x=0<:>x=%+k7”,v‘1 xe[O;%}:x:

V1+sin2x
Khi d6: y(0)=1; y(%j:\/a; y(ﬁj =1.

2

yY=0

N

Chon D.
TXD: D=R

3
Ta co: y:sméx+cos6x:(smzx+cos2 x) —3s1r12xcoszx(smzx+cos2 x)
. 3 .
=1—351n2xcoszx=1—zsm22x

Ma: 0Ssin22xS1<:>%Sl—%sin22xS1:miny:i;maxyzl.

Chon D.

TXD: D=R

Dét £ =x" +2x+3 (t>2), Khi d6 ham s8 tré thanh: y =t(t-5)=t* -5t
7 ' ' 5

Taco: y'=2t-5;y :O<:>t:E

Bang bién thién:

X |2 > +
- o0
2
y’ - 0 +
-6 +00
, \_é /
4
Ttr BBT, ta thady ham s6 khong c6 gia tri 16n nhét.
Chon D.
TXD: D=R
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Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Dits =" +1(121) = x* =#*~1. Khi d6 ham 5§ tro thank: y=t-> =/ =1+ >0
= Ham s8 luén dong bién véi moi £>1 = miny =y(1)=-2.
Chon D.
TXD: D=R.Tacé: y=(x—1)(x-2)(x-3)(x-4)=(x* -5x+4)(x* ~5x+6)
Dit: t:x2—5x+4(—%£tsloj
Khi d6 ham s8 tro thanh: y = f(t)=t(t+2)=t* +2t = f'(t) =2t +2=0<t =1
BBT:
t | —= -1 10
1@ - 0 +

9 120
ORRT: \ /'
-1

Tt BBT ta thdy: Ham s& c6 gid tri 1én nhat bang 120 va gia tri nho nhat bang -1
Chon B.

2
TXD: D=[-3;1]. Dt t=v1-x+4/x+3 (2932&) :>\/1—x\/3+x:%

2

Khi d6 phuong trinh trd thanh: y:%+t—2 =y =t+1>0,vie[2,242]
— Ham s8 dong bién véi moi t [2;2& J
:minyzy(Z)zZ; maxy:y(Zx/E):2+2x/§.

Chon A.
TXD: D =[—2;2].

Dit: tzx/ijr\/E(ZstSZ\/E):Z 4-x* =22 x\2+x =t -4

Khi d6 ham s tro thanh: y:f(t)=t2+t—4:f'(t)=2t+1>o;we[2;2ﬁ]
— Ham s& dong bién véi moi f e [2;2\5 }

:miny:f(2):2; maxy:f(2\/§):4+2\/§.

Chon A.

TXD: D=[~1;+). Dit t={/x+1 (1<¢<2)

Khi d6 ham s6 tro thanh: y=° +# = y'=3t* +2t > 0;Vt €[ 1,2 ]
:>miny=y(1)=2; maxyzy(2)=12.

Chon C.

TXD: D=R

Tong hop cdc chuyén dé luyén thi dai hoc Trang 238



Bién soan: Bui Trin Duy Tudn https://facebook.com/duytuan.qna

Dit t =sin x;(—1 <t< 1) . Khi d6 ham s0 trd thanh:

_t+l ,=—t2—2t+:-szo<:> t=1
g (t2+3)2 t=-3(1)

.Do d6y(-1)=0; y(l)z%

= Ham s6 dat gid tri nho nhét tai t=-1<x =%, ham s6 dat gia tri 16n nhat tai

t:l<:>x:
2

Cau 75. Chon D.
TXD: D=R\{0}

bat t=x+l(2£t£%j :x2+i—t2—2

X x2

Khi d6 ham s6 tré thanh: y:tz+t—2:y'=2t+1>0;Vte{2;1?O}

= Ham s6 dong bién Vt e {2;%} . (chd nay con thiéu)
Cau 76. Chon B.
TXD: D=R.DPjt t=x*-1(0<t<15).
Khi d6 ham s8 tro thanh: y=(t+1) +£2 =26 +2t+1= y' =4t +2>0;Vt [ 0;15]
= Ham s6 dong bién trén doan [0;15] .
= Ham s6 dat gid tri 16n nhét tai t=15<x=2, ham s0 dat gia tri nho nhat tai

t=0=x=1
Cau 77. Chon A.

TXD: D = (—o0;-2 ] U[ L +o0). Dt £ =+/x* +3x+2 (£20).

Khi d6 ham s6 tré thanh: y=t*+t-2=y' =2t +1>0;Vt>0

= Ham s8 dong bién véi moi t >0 = miny =y (0)=-2.
Cau 78. Chon A.

TXD: D=[0;+). Dit t =+/x;(x€[0;4]=0<t<2).

Khi d6 ham s§ tro thanh:y=f+—— =1 =1+

>0 = ham s0 dong bién
t+1 (t+1)

2

Vte[0;2]= miny =y(0)=0; maxy=y(2)=

w| oo

Cau79. Chon C.
Cach 1: Goi canh ctia hinh cht* nhat: a, b; 0 <a, b < 8.
Tacéd: 2(a+b)=16<=a+b=8<=b=8-a
Dién tich: S(a)=a(8—a)=-a"+8a; S'(a)=—2a+8; S'(a)=0<=a=4

Bang bién thién:

Tong hop cdc chuyén dé luyén thi dai hoc Trang 239



Bién soan: Bui Trin Duy Tudn https://facebook.com/duytuan.qna

Cau 80.

Cau 81.

a 0 4 8
S'(a)

+ 0 -
16
S(a) / \
0 0

2
Ap dung Cbsi: a+b22\/%<:>abs(%j <ab<16

Cach 2

Dé&u “=" xay ra < a=b=4
Vay hinh chir nhéat c6 dién tich 16n nhat b.ffmg 16 khi canh b.ffmg 4
Chon A.
Cach1

Goi canh ctia hinh ch* nhat: a, b; 0<a, b < 48

Tacéd: ab=48 <= b =§. Chu vi: P(a) :2(a+ﬁj
a a
P'(a) :2(1—@} P(a)=0<a=43
a
Bang bién thién:
P'(a)

— 0 +
1643
Cach 2

e Ap dung bét ding thiic Cosi: a+b>2+ab < a+b>2/48 =83
& chu vi nhé nhat: 2(a+b) =163
e Hinh chit nhat c6 chu vi nhé nhat bing 16+/3 khi canh bing 4+/3.
Chon C.

Goi mét trong hai s6 phai tim la x, s6 con lai: x + 13.

Tich hai s6 P(x)=x(x+13)=x"+13x. P'(x)=2x+13,P'(x)=0 < x = _713

Bang bién thién:
13
X —00 —_— +00
P'(x) - 0 +
~+00 +00
4
Tich ciia chiing bé nh#t bing % Khi hai s5 1 % va ‘713

Tong hop cdc chuyén dé luyén thi dai hoc Trang 240



Bién soan: Bui Trin Duy Tudn https://facebook.com/duytuan.qna

Cau 82.

Cau 83.

Cau 84.

Cau 85.

Chon A.
Van toc ctia chuyén dong la v=s"ttcla o(t) =12t -3t*,¢ >0
V'(t)=12-6t, v'(t)=0=t=2
Bang bién thién:
t 0 2 +00

V(1) + 0 -
12
% (l) / \
Ham s6 v(t) dong bién trén khoang (0;2) va nghich bién trén khoang (2;+x)

& Max o(t)=12 khi t =2. Van toc dat gid tri 1én nhat bang 12 khi ¢ =2.
Chon A.

Canh goc vuong x, 0 < x < %; canh huyeén: a—x

Canh gdc vudng con lai la: /(a—x)* —x°

Dién tich tam gidc S(x) = %x\/az —2ax . S'(x)= a(a —3x)

24/a* —2ax

a
;S =0 x=—
®) :

Bang bién thién:

a a
X 0 E 5
S'(x) + 0 -
a
§(x) / 63

612

63

Tam giac c6 dién tich 16n nhat bang

khi canh gbéc vuong %, canh huyén %.

Chon A.
Sau mot vy, trung binh s6 ca trén mdi don vi dién tich mat hd can niang:
(1) = nP(n) = 4801 — 201> (gam). f'(n)=480—40n=0< n=12
Bang bién thién:
n 0 12 +00

f'(n)

+ 0
o |~

Trén moi don vi dién tich ciia méat ho, can tha 12 con cd thi sau mot vu thu hoach dwoc

nhiéu gam ca nhat.
Chon B.
Ta c6: G(x)=0.75x* —0.025x°, x > 0; G'(x) =1.5x—0.075x"; G'(x) =0 < x=0,x =20

Bang bién thién:
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Cau 86.

Cau 87.

Cau 88.

X 0 20 +00
G'(x) + 0 -

G(x) / 7 \

Liéu lwong thude can tiém cho bénh nhan dé huyét 4p giam nhiéu nhat la 20 mg, do

giam la 100.
Chon D.
Khi boi nguwoc dong van toc cua ca la: v—-6 (km/h)
Thoi gian d€ ca vuot khoang cach 300 km la ¢ = i(; (v>6)

< A L1 . . . 5 300 o
Nang lurong tiéu hao cua ca khi vieot khoang cach 300km la: E(v) = cv e 300c¢ 6

V- V-
E'(v) = 600cv” ng; E(v)=0<v=9 do (v>6)
(v-6)
Bang bién thién:
v 6 9 +00
E'(v) - 0 +

EO) | T~ o —

Ca phai boi véi van tdc 9 (km/h) thi it tiéu hao nang luwgng nhat.
Chon D.
(=90t -3¢t*; f"(t)=90-6t, f"(t)=0<=t=15

Bang bién thién:
t 0 15 25

S () + 0 -

1) / o \

Tdc d6 truyén bénh 16n nhét 1a vao ngay tha 15.
Chon D.

Goi H la trung diém cua BC = BH =CH =%.
D3t BM = x (0<x<§j

Ta c6: MN =2MH =a—2x, QM = BM tan 60° = x+/3
Dién tich hinh chit nhat MNPQ la: 0 P
S(x) = (a—2x)x/3 = a/3x — 2/3x

S'(x)=/3(a—4x),S'(x)=0 < x :g

Bang bién thién:
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X 0

a a
4 2
S'(x) + 0

S (x) /v?a \

Vi tri diém M: BM = % .

Cau 89. Chon C.

Theé tich ctia hop la: V = x*h =500(cm’). Do d6 h= @, x>0.
X h Ih
Dién tich cia manh cac tong dung lam hop la:
S(x):x2+4hx:x2+2000,x>0 x
x
3 —_—
§'(x) = 20— 2000 _ 20 ~1000) g1y 0 s x =10 W
x x
Bang bién thién:
X 0 10 +00
S'(x)

- 0 +
S (x) \ /
300
Vay muon ton it nguyén liéu nhat, ta 1ay d6 dai canh day hinh hop la x = 10 (cm).

Cau 90. Chon B.

Goi chiéu cao, ban kinh day va thé tich cta hinh tru néi tiép hinh cau lan luwgt la i, r va
h? h? W’
V.Khi d6, V =zr*h. Vi r* = R? s nén V = E(RZ —ZJh = E(th—z}

3

h , 3n° , 2R
V(h):ﬂ[th—ZJ,he(O;ZR); V(h):ﬂ(Rz—Tj; V(h):0<:>h:$.
Bang bién thién:

ho |0 2R 2R
NE)
V'(h) + 0 -
) AzR’
V{h 0/ 3\/5 \ ;

Vay hinh tru noi tiép hinh cau ban kinh R c6 thé tich 16n nhat khi chiéu cao ctia n6 bang
3
2R Kni 46, thé tich hinh tru 1a 27X
33

NG

Cau91. Chon B.
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Cau 92.

Cau 93.

Cau 94.

Goi x 1a d0 dai canh ctia hinh vuong bi cit (0 <x< g}
Theé tich ctia khéi hop 1a: V(x) = x(a—2x) (O <x< %j

V'(x) = (a—-2x)* + x.2(a - 2%).(=2) = (a - 2x)(a—6x); V'(x) =0 x = % (0 <x< %)

Bang bién thién:
a
X 0 — —
6 2
V'(x) + 0 -
£
0 0

3

Vay trong khoang (o;gj c6 1 diém cyc dai duy nhat 1a x :% tai d6 V(x) = 22i7
Chon C.
Tap xac dinh: D=R. Dt t =sinx, -1<t<1.Khidé y = f(t)=2t* +2t-1

, , -1 -1} -3
f(t)=4t+2;f(t)=0<:>t=?e[—1;1] :f(?J:?;f(—l):—l;f(l):?)
Vay minyz_—B,maxy=3.

R 2 R
Chon A.
Tap xac dinh: D=R
y=2(1-2sin’ x)+2sinx = —4sin’ x + 2sin x + 2

Dét t =sinx, -1<t<1,khidé y= f(t)=—4t" +2t+2

1 1) 9
'H)=-8t+2, f'(H) =0=>t==-¢|-1;1 — ==, f(-D)=-4; f(1)=0
fH)=-8t+2, f()=0t=—e] ]:f@ S =-4)

Vay mRiny:—4, mlgzxyzz

Chon B.

Dit t=sin®x,0<t<1 = y=f(t)=£ -4t +5. f()=2t-4; f() =0t =2¢[0;1]
f(0)=5; f(1)=2. Vay mﬂgnyz?_,mﬂgtxy:S
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Cau 95. Chon C.
y=sin‘x-sin®x+3.Dat t=sin’x,0<t<1 = y=f(t)=t"—t+3

1 1) 11
'H=2t-1L, () =0=t==€|0;1| = f| = |=—; f(0)=3; f(1)=3
f® f® 5€01] f[zj 5[ O=3f()
a1 ~
Vay mlgny—z,mgxy—3
Cau 96. Chon D.
2
Tap xac dinh: D =R. Dt t=|cosx|,0<t<1 :y:f(t):%,()stﬁl
+

Lo 21 44t B t=0 ~ B
ft)y=—— (5 1) ; fi(t)= { =_2é[0;1]:>f(0)—1/f(1)—2

Vay miny =1, max y =2
Cau 97. Chon B.

Dét t=sinx, -1<t<1 = y= f(t)_ t+1 f()——th

(t +t+1)
(=0 t=0e|-11] 0)=1 f(—1)=0, f(1)=2. Vay M=1,m=0
f()_ = t=—2$|:—1;1:| :>f( )_ /f(_ )— rf( )_5 ay =1, m=
Cau 98. Chon D.

y'=0
xe(0;4

=3 =u(0)=3(4)=-Tw(3) =5

Ta c6 y’zxz—x—6:>{

Vay gid tri 16n nhéat ctia ham s6 y = %x?’ —%xz —6x+3 trén doan [0;4] 1a 3.
Cau 99. Chon C.

Ham s y = (x+3)\/—x2 —2x+3 co tap xdc dinh D= [—3;1]
. —2x"—6x y'=0

= =
Jox2x43  |xe(-31)

Vay gid tri nho nhat ctia ham s8 y = (x+3)vJ—x* -2x+3 120

Cau 100. Chon B.

Ham s6 y=+x—2++4-x co tap xac dinh D=[2;4]

1 1 y'=0
= - = ox=3 =y(2)=+2,y(3)=2,y(4)=2
2Wx—2 2J4-x {xe(2;4) ¥(2) ¥(3)=2(4)

Vay gia tri 16n nhat cila ham s6 y=+x—-2++4-x la2
Cau 101. Chon C.

< x=0 :>y(—3)=0,y(1)=0,y(0)=3\/§

y=2$in2x+5coszx—1=M:>1£ys4
2

Vay ham s8 y =2sin” x + 5cos” x—1 ¢6 gié tri nho nhat bang 1.
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Cau 102.

Cau 103.

Cau 104.

Cau 105.

Cau 106.

Chon C.

Ham so y=x+\/18—x2 c6 tap xac dinh D:[—3\/§;3«/§}
, AV18—x7 —x {y'—o
—_— =

y= 18—x2 XE(—3\/§;3\/§)<:>XZ3
= y(-32)=-32,y(3V2) =372,y (3) =6

Vay ham s6 y = x +4/18 —x* ¢6 gia tri 16n nhat bang 6.
Chon B.

Dat t=cosx(—1st£1). Xét ham y:2t3—%t2—3t+5 trén doan [—1;1]

6t —7t-3 1Y =0 A VU S AV S B s
y'=6t> -7t 3:{te(_1;1)<:>t— 3,;/( 1)= ,y(l)—z,y( 3j_ o

Vay ham s6 y =2cos’ x —%COSZX ~3cosx+5 cb gia tri nho nhat bang % :
Chon D.

y=-2sin’ x+3cos2x —6sinx+4 =-2sin’ x —6sin’ x —6sinx +7

Dit t=sinx(-1<t<1). Xétham y = -2t —6t* —6t+7 trén doan [ -1;1]
y'=—6t"—12t -6 =y =0 vO nghiém. Ta c6: y(-1)=9,y(1)=-7

Vay ham s6 y = —2sin’ x + 3cos 2x —6sin x +4 c6 gid trji 1én nhat bang 9.

Chon B.

Taco y=3-x21=x<2=xe|0;2]
Khi d6 P=x"+2(3-x) +32* +4x(3-x)-5x=x"+x* ~5x+18
Xét ham s& f(x)zx3 +x*-5x+18 trén doan [0;2] ta co:

f'(x)zO

=1
xe(O;Z) =7

f'(x)=3x +2x—5:>{
£(0)=18, f(1)=15, f(2) =20
Vay gid tri 16n nhat va gia tri nho nhét cua biéu thite P=x*+2y” +3x* + 4xy —5x lan

lwot bang 20 va 15.
Chon C.

Cx+N1+9x7 1

Tacd: y= = .Ham s8 y dat gid trj 16n nhat trén khoang (0;+)

8x* +1 V9x* +1-x

khi ham s8 f(x)=+v9x"+1-x dat gié tri nho nhat trén khoang (0;+).

9x _1j{f’(x)=0 1

Ta c6: f'(x)= ——2r -
ac6: f1(x) Jox? +1 xe(0;+oo)©x 632
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Cau 107.

Cau 108.

Cau 109.

Cau 110.

Cau 111.

Cau 112.

min f (x

3 (0 +oo)

()= (_] 232 32

= maxy=—-—
642 K
Chon C.
Ap dung bat dang thirc B.C.S ta c6:

J45+20%% = \/5(9+4x2) - \/(22 +11)(3% + (200 ) 2[2.3+1.2x| =6+ 2x]

Suyra y > |6 + 2x| + |2x - 3| . Ap dung bat dang thtkc |a| + |b| > |a + b| ta duoc:

|6+2x|+[2x = 3| = |6+ 2x| +[3 - 2x|2 6 + 2x +3-2x| =9 = y 2 9

Vay ham s6 y =m+|2x—3| c6 gid tri nho nhat bang 9.

Chon B.

TXD: D=[-2;2]. Haim s8 yzf(x)=x+x/n lién tuc trén doan [—2;2].

>0
;Y =0 VJ4-x* =x @{x ox=v2

1o X
y=1 N 4—x* =x
y(-2)=-2;y(2)= 2; y(2)=2v2. vay miny =y(-2)=-2
Chon C.

TXD: D=R.Hams6 y = f(x)=

x+1 lién tuc trén doan [—1;2].
Vx®+1
Ta co: y’zLﬂ,y =0 x=1.Do y(-1)=0,y(1) = fy(z)—

,[(xz +1)

r[{llel_i;](y:y(l):\/i, H}%ﬁ]/:y(—l):o

N

Chon C.
Ham s6 xac dinh véi Vx e [1; 63]

2
In” x lién tuc trén doan [1; 63] .Taco y'= —ln x(2 2 Inx)
X

Ham s6 y =
x

, Inx=0 x=1¢(1;¢e’ o 4 9
y:0<:> L& ( ) . Khi do y(l)ZO;y(ez):—Z; y(e3):_3
Inx=2 xzeze(l;e3) . .

So sanh céc gia tri trén, ta co I[nen](y =y(e’) ==
1;e3

Chon A.
Ham s0 xac dinh, lién tuc trén doan [0 ;2:|
=0 0;2
Tacéy':2xz—+42x;y’:0<:>2x2+4x=0<:> i eE( )
(x+1) x=-2¢(0;2)

17 . 17 .
=y(0)=3y(2)==- Vay maxy =y(2) =~ miny =y(0) =3

Chon A.
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Do x+y=1nén S=16x"y* +12(x + y)(x* —xy +y°) +34xy
=16x"y* +12[(x +y)* = 3xy]+34xy, do x +y =1=16x"y* - 2xy +12

(x+y)* _1
4

Patt=xy.Do x>0;y>0 nén 0<xy < :te[O;%]

Xétham s6 f(t)=16t> —2t+12 trén [O;i].Ta co f(t)=32t-2; f’(t)zO@t:%

Bang bién thién :

1 1
X 0 — —
16 4
£ (@) - 0 +
12 é
1) \ﬂ/ 2
16

Tt bang bién thién ta cé:
191 25

ﬁ%?fa):f(f ) 16 ’Pu]f() f( j 2

Vay gia tri 16n nhat caa S la > dat duwoc khi

1
YL |y=

x+y=1 |xY=

gkauinhénhafcaaSIai%g-datduockhi | o

Xy = —
Y 16 (x;y):

Cau 113. Chon A.
Tac6 (x—4) +(y—4) +2xy<32 = (x+y) ~8(x+y) <0 0<x+y<8
A=x"+y’ +3(xy -1)(x+y-2)=(x+y)’ - 3(x +y)—6xy +6
=K 2(x+y)3—§(x+y)2—3(x+y)+6

Datt=x+y.Do 0<x+y<8 nén t [0;8]

Xét ham s6 f(t):t3—%t2—3t+6 trén [0;8].

1445 . . 1-+5
= 5 hoac t =

Tacod f'(t)=3t"-3t-3, f(t)=0t= _—7;—(kmn

1+J' _17- &f 17-545
4

8)=398.Suyra A>—
4

1+J§ s . 17-5{5
4

Khi x=y = 2 thi dau bang xay ra. Vay gia tri nho nhat caa A la

f(0)=6; f(
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Cau 114. Chon D.
3 3 2 2 2 2
Aot d T o) (s (1,1

— 4 —
xS yS x3y3 xSyS xy X y

bat x=ty. Tk gia thiét ta co: (x+y)xy =x>+y° —xy = (t+Dty’ =(#* -t +1)y°

2 _ 2 2
Do do y=t 2t+1;x=ty=t Pl reds A= Lid] -
o+t t+1 x y

2 2
t+2t+1
P —t+1 )

2 ey
Xétham s§ f(t) =2 o g o E3

£ -t+l (£ -t+1)
Lap bang bién thién ta tim gia tri 16n nhat cua A la: 16 dat duoc khi x =y = % .

Cau 115. Chon C.
Vi a, b la cac s6 thue duong, ta co:
2(a® +b*)+ab=(a+b)(ab+2) < 2(a’ +b*)+ab=a’b+ab® +2(a+Db)

<2 E+E +1=(a+b)+2 l+1
b a a b

Ap dung bat dang thiec Co-si ta duoc:

(a+b)+2[1+1]22\/2(a+b)[1+1J=2\/2[E+E+2j
a b a b b a

Suy ra: 2(§+9j+122 2(%+9+2j :>(§+EJZ§.

a a a 2
a b

Dat t=5+—, tz; Ta dwoc: P =4(t> —3t)-9(t* —2) =4t> -9t —12t +18.
a

Xétham sG: f(t)=4t>—9t> —12¢+18 voi ¢ z%

f(t) =6(2t* -3t —-2) >0,Vt2§. Suy ra min f(t) :f{éjz_g.
2 5) 2 4

Vay minP:—24—3 dat duoc khi va chi khi %%:% va a+b:2(%+%j
< (4;b)=(2;1) hoac (a;0)=(1,2)
Cau 116. Chon D.
Do 1<x<2;1<y<2 nén (x—1)(x—-2) <0, nghia la x* +2 <3x. Tuong twy” +2 <3y
x+2y N y+2x N 1 __Xty 1
3x+3y+3 3By+3x+3 4(x+y-1) x+y+1 4(x+y-1)

Suyra P>

Datt=x+ysuyra 2<t<4.Xét f(t)zt%-‘r ,VOi 2<t<4
J’_

1
4(t-1)
1 1

!t: _
PO~y ey

.Suyra f(t)=0<1t=3
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7

g;f(3)=z—g nén f(t)Zf(S)zg.Dodé Pz%

Ma f(2)=1 f(3)=

Khi x=1,y=2 thi Pz%.Véygiétrinh(’)nhétcﬁaPlé %
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Chii dé 4 PUONG TIEM CAN CUA HAM SO
\ S

A. KIEN THUC CO BAN
I. PUONG TIEM CAN NGANG

Cho ham s8 y = f(x) xac dinh trén mét khoang v6 han (la khoang dang (a; +oo), (—oo; b) hoac
(—oo; +oo)). Puong thang y = y, la duwong tiém can ngang (hay tiém can ngang) cua d6 thi
ham sd y = f(x) néu it nhat mot trong cac diéu kién sau duoc thoa man:

lim f(x) = y,, lim f(x) =y,

Nhdn xét: Nhw vay d€ tim tiém can ngang ctua do thi ham sé ta chi can tinh gidi han cia ham
sO do tai vo cuec.

II. PUONG TIEM CAN PUNG

Duong thang x =x, dugc goi 1a duwong tiém can ding (hay tiém can dimg) ctia d6 thi ham
s6 y = f(x) néu it nhat mot trong cac diéu kién sau duwgc thoa man:

lim f(x)=+o0, lim f(x)=-o, lim f(x)=-o0, lim f(x)=+w

+
x—>x0

ax+b
cx+d

Lyu y: V6i d6 thi ham phan thic dang y = (c #0; ad—bc # 0) luén c6 tiém can ngang

5 YNy d
la y=— vatiém can dung x =——.
c c

III. QUY TAC TiM GIOI HAN VO CUC
Quy tac tim gi6i han cta tich f(x).g(x)
Néu lim f(x)=L#0 va lim g(x) =+ (hodc—w) thi lim f(x).g(x) dwoc tinh theo quy tac cho

trong bang sau:

lim f(x) lim g(x) lim f(x)g(x)
L>0 = i
—o0 —o0
L<0 = =
—Q0 +00
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Quy tic im gidi han cta thuong M
8(x)
lim £(x) limg(r) | Diucta gy | limZ%)
0 0 x>, g(x)
L to0 Tuay y 0
+ +00
L>0
- —00
0
L<0 + -
- +00

(Dau ctia g(x) xét trén mot khoang K nao d6 dang tinh gidi han, véi x # x,)

Chit y: Cac quy tac trén van dang cho cac truong hop x — x,", x - x, ,x = +0 va x > —oo.

CAC Vi DU TINH GIOI HAN

Vidy 1. Tim lim (x° —2x).

x—>-0 X—>—00

Ta cé lim(x° —2x) = lim x° (1—%} =,
x

Vi lim x° = -0 va 1im(1—%)zl>0.

x—>—00 X——0

X

3 .2
Vi du 2. Tim limw.
oo xT—x+1

5 5+ 1
3_ 2 - T
Ta cé limw:hm x.—=% X
x>0y  —x+1 X—>+00 1 1 1
V)
X x
25,1
Vi lim x = o0 va lim%=2>0.
_7+7
x X
Vi du 3. Tim lim 253 |
-7 x —

=+00.

Tacod lim(x-1)=0,x-1>0 véimoi x>1 va lim(2x-3)=-1<0.
x—1* x—>1*

Do d6 lim =3 =

-1 x —

Vi dy 4. Tim lim 22=3 |
x—1" x—]_

Taco lim(x—1)=0,x—-1<0 véimoi x<1 va lim(2x-3)=-1<0.

x—1"

Do d6 lim 2X=3 -

-t x—=1

+00
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B. THU THUAT CASIO GIAI TIEM CAN
I. KIEN THUC CAN NAM

1.Tiém cdn ditng: D6 thi ham s8 y = f(x) nhan duong thang x =x, 1a tiém can dtng néu

lim f(x)=oc hodc lim f(x)=oo (chi c&n mot trong hai théa man la du)

2. Tiém cdn ngang: D6 thi ham s8 y = f(x) nhan duong thang y =y, la tiém can ngang néu

lim f(x)=y, hogc lim f(x)=y,

X—>—0oC

3. Ti¢m cdn xién: DO thi ham s8 y = f(x) nhan duong thang y = ax+b 1 tiém can xién néu

1im[f(x)—(ax+b)} =0
4. Lénh Casio: Ung dung ky thuat dung CALC tinh gi6i han
Gia str can tinh lim f(x) ta dung chtrc ndng CALC d€ tinh gid tri cia f(x) tai cac gia tri cua
x rat gana.
a. Gidi han ctia ham s6 tai mot diéem
“ lim f(x) thinhap f(x) va CALC x=a+ 107.
# lim f(x) thinhap f(x) va CALC x=a-10".
@ lim f(x) thinhap f(x) va CALC x=a+10" hodc x=a-10"".

b. Gidi han ciia ham s6 tai vé cuc
# lim f(x) thinhap f(x) va CALC x=10".

@ lim f(x) thinhap f(x) va CALC x = -10°.

IL. MOT SO BAI TOAN MINH HOA

Bai todn 1: [Thi thit bao Toan hoc tuéi tré 1an 3 nam 2017]

C6 bao nhiéu dwdng tiém can ctia db thi him s8 y =——2t 1
Vax? +2x+1
A1 B. 2 C.3 D. 4

Loi gidi:
Cach 1: CASIO
Giai phuong trinh : Mau s6 =0 < v4x? +2x+1=0< 4x* +2x+1=0 v6 nghiém
= D06 thi ham s6 khong c6 tiém can dung
x+1

Tinh lim ———————= 1 . Vay duong thang y = LH tiém can ngang cta do6 thi ham s6
At +2x+1 2 2

B H @M @ @ H 2w ) H Do D0 E
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] Math &
A+l
145 E + 25+ 1
0. 5000000004
Tinh lim ———1  __1 Vay duong thang y = L la tiém can ngang ctia d6 thi ham s6
= Jax? 4 2x +1 2
HEHO0EEOE
] Math &
A+l
145 E 1 ZH+ 1

-1, 439939939

= Tom lai d6 thi ham s6 c6 2 tiém can ngang va C la dap an chinh xac
Cdch tham khdo : Ty ludn

x+1 1+ . : 1
Tinh lim = lim X __ =~ = duong thang y =— la tiém can ngang
xa+x\/4x2+2x+1 xa+x\/ 2 1 2
4+—+—
x X
1
x+1 L 7 1
Tinh lim =lim X_ -_— = duongthing y=-— la tiém can ngang
x—>—oc\/4x2+2x+1 x—>oc\/ 2 1 2
4+—+—
X x

Binh luan :

Viéc tiing dung Casio d€ tim tiém can st dung nhiéu ky thuét tinh giéi han cia ham s6 bf?mg
Casio. Cac ban can hoc ky bai gidi han truede khi hoc bai nay.

Gi6i han ciia ham s6 khi x tién t6i +oc va khi x tién t6i —oc 1a khac nhau. Ta can hét sttc chu y

¢ N Ry b A A 1
tranh dé sot tiém can ngang y = >

Bai todn 2: [Thi Hoc sinh gidi tinh Ninh Binh nam 2017]

2 —
D6 thi ham s6 y = L}C;-Z (C ) c6 bao nhiéu duong tiém can ?
—X
A. 4 B. 2 C.1 D. 3
Loi giai:
Cach 1: CASIO
2 —
Tinh lim =X 92 _ 4
X—>+oc 1_x
BemOE@AEEMMOFRA@OEHEI DA D00E)EE
F:] Math &
HE=SHR+E
1
-0, 999999997
2
Tinh Jim =X Y *2 _
X—>—oC 1_x
HU0DEIEDE
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[F] Math &

HE —SH+E
1-HZ
-1, 0o00oa0os
Vay duong thang y = -1 1a tiém can ngang ctia d6 thi ham s&
x=1

Giai phuong trinh : Maus6 =0 < 1-x =0 < .
x=-

bén day nhiéu hoc sinh da ngd nhan x=1 va x=-1 la 2 tiém can ding cua (C )
Tuy nhién x =+1 1a nghiém cta phwong trinh Mau s8 =0 chi 1a diéu kién can. Diéu kién du

O e s
phal la JICLI{}T = 00
= Ta di kiém tra diéu kién du
2 —
Tinh lim * 22 _
x—-1 1 —-x
&) ) O] (3 (=) (3] (i) ) () 2 @ (0 (&) (e O (3 (eawd) (=) (D (=) (@] (4 (0] (0] (@] (0] (0]
OO E

F:| Math &
HE —FE4E
1—#E
- spld
Vay duong thang x =-1 la tiém can ding cta do thi (C)
2 —

Tinh lim Lx;_z = l

>+l ] —x 2

HOFHOUOOOOOOOOOIE
Vay duodng thang x =1 khong phai la tiém can diing ctia d0 thi (C)
= Tom lai d6 thi ham s6 ¢6 1 tiém can ngang y =-1 va 1 tiém can dang x=-1
= Dap s6 chinh xac la B
Cach tham khao : Ty ludan
x*=3x+2 (X—l)(X—Z) 2-x

Rat gon ham s y =

1-x2 —(x-1)(x+1) x+1
B —1+g 7
Tinh lim = lim X =1 = duong thing y =-1 1a tiém cin ngang
X—>+oC x+ X—>+oc
x

Tinh lim 2-x lim| -1 +i =+ = duong thang y =-1 1a tiém can ding
ol x 4] o x+1

Binh ludn :
Viéc ttr 8 va mau sd déu cé nhan tix chung dan téi ham s6 bi suy bién nhw vi du 2 1a thuong
xuyén xay ra trong cac dé thi. Chiing ta can canh gia va kiém tra lai bang ki thuat tim giéi han

bang Casio
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Bai todn 3: [Thi thit chuyén KHTN -HN 1an 2 ndm 2017]
D6 thi ham s6 nao sau day khong cé tiém can ngang ?

x-1 x-1 x*+1

B. y= C.y= D y=—-
x+2 4 x?+1 YT Y
Loi gidi:
Cach1: CASIO
2
Tinh lim *— = 4 o
e |
BEeR])@@H D@k 0]E @)@ 00 E0GIE
F:] Math &
M4
H=1
1000000001
2
Tinh lim 2= +1 =—
X—>—oC x_
E0NO0NEIEDE
F:] Math &
HE 41
H=-1
-999999999
x*+1
Vay d6 thi ham s6 y = khong c6 tiém can ngang
= Tém lai C la dap an chinh xac
Cdch tham khdo : Ty ludn
X+ 1
) 2
Tinh lim X"~ = lim — ¥ =t oc
X—>+oC x_l X—>+oC _1
x
1
xz 4 X+—
Tinh lim = lim —* = —oc = D? thi ham s8 khong c6 tiém can ngang
X—>—0oC x— X—>—0oC
x

Binh ludn :

D6 thi ham s8 y = f(x) khéng c6 tiém cén ngang néu lim y bang oo

Bdi todn 4: [Khao sat chit lwgng chuyén Lam Son - Thanh Héa nam 2017]
Tim tat cac cac gia tri ctia tham s6 m sao cho d6 thi ham sd y = 2\536—_3 khong co tiém
x°—=2mx+1
can ding
m<-1
A . m=1 B. m=-1 C.[ D. -1<m<1
m>1
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Loi giai:
Cdch 1: CASIO
D& d6 thi ham s8 khong ¢ tiém can ding thi phuwong trinh mau s§ bang 0 khong c6 nghiém
hodc c6 nghiém nhung giéi han ham sd khi x tién t6i nghiém khong ra vo cung.:

Véi m=1.Hams6 < y= 25x2— n . Phuong trinh x* -2x+1=0 cd nghiém x=1 Tinh
X" —2x+
5x-3
o1 x® —x+1

B E & 0= 6@ 0] @3 &) 2w O] @ 0] e (] (3 (0 (X) e e (11 (0] &3 (=
&

=+oc. = Dap s6 A sai

[F] Math &

SH—3
A |
2. 00000501 2

. Phuong trinh x* +1=0 v6 nghiém = D0 thi ham s8 khong c6

Vé6i m=0 ham s6 < y=—
x°+1

tiém can ding = m =0

= D la dap an chinh xac
Cdch tham khao : Tu ludn
D& d6 thi ham s8 khong c6 tiém can ding thi phuong trinh mau s bang 0 vo nghiém

SA<0eom’-1<0e-1<m<1

Truong hop 2 phuwong trinh mau s6 bang 0 ¢6 nghiém nhung bi suy bién (rtt gon) véi nghiém &
tlr s6. = Khong xay ra vi bac mau > bac tk

Binh ludgn :

Viéc giai thich duoc truong hop 2 cta tuw ludn la twong doi kho khan. Do dé bai toan nay chon

cach Casio la rat dé lam.

Bai todn 5: [Pé minh hoa thi THPT Qudc Gian Ian 1 nim 2017]

. Ny o2 g eg , ~ w e \ ~ x+1 P
Tim tat ca cac gia tri thiec ciia tham s6 m sao cho do6 thi cia ham s6 y = ————= c6 hai tiém
Nmx* +1

can ngang
A. m<0 B. Khong c¢6 m thoa C.m=0 D. m>0

Loi giai:
Thr ddp 4n A ta chon 1 gid tri m <0 , ta chon m=—2,15. Tinh lim ——t0
J2.15¢ +1

X—>+0oC

B0 FHOOWEHAOAOEMMOOEF OO0 @O
Math ERROE

CAC] :Cancel
C4JCel:GOtO
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x+1 \ n x+1 n N A A
Vay lim ——————=khong ton tai = ham s6 y = ——————=khong thé c6 2 tiém can ngang
O =2.15x% +1 \V-2.15x% +1
Thtt dap an B ta chon gan gid tri m=0. Tinh lim % = lim (x + 1)
X—>+oc 0x2+1 X—>+oC
ey HDHOEEDE
F Math &

A+l
1000000001

Vay lim (x+1)=+o = hamsg y = (x+1) khong thé c6 2 tiém can ngang

X—>+0oC

Th dap an D ta chon gan gid tri m =2.15. Tinh lim ol 0.6819...

o 2.15x%% +1
B HOOERZHOEE DEFHODDD0DEIEREOE

Math &
w41
42,1552 41
0.6819943402
x+1
Tinh lim —— =-0.6819...
X \/2.15952 +1
C=E00EIEE
F] Math &
sl t
17, 1552 +1

-1, 6319343358

Vay do6 thi ham s6 6 2 tiém can ngang y =+—0.6819...
= Dap s6 D la dap so chinh xac
Binh luan :

Qua vi du 4 ta thdy sttc manh ctia Casio so véi cach lam ty luén.

Badi todn 6: [Dé minh hoa B GD-DT lan 2 nam 2017]

2x—1—-+Vx*>+x+3
x> —5x+6

Tim tat ca cac tiém can dung cua d6 thi ham s6 y =

x=-3 x=3
A. B. x=-3 C. D. x=3

Loi giai:
Puong thing x = x, 1a tiém can dung ctia d6 thi ham s6 thi diéu kién can : x, 1a nghiém cta
phuong trinh mau s8 bang 0
Nén ta chi quan tdm dén hai duong thang x=3 va x=2

. o1 2x=1-+x*+x+3 PV
Véi x=3 xét lim =X 5 XS e —=x=31a mot tiém can ding
x5+ x"—5x+6
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B2 (=05 e e 0] @ (B wew O3 6 @ bew O (&3 (5 (5] ew O] (#) (6] )
BHRHOULOO0OO0O0OO00MOAE

EH—i—JHE:%+3MMl
L =G
1.127016654 017
2x—1-vx*+x+3

Véi x =2 xét lim 5 =+ o« Két qua khong ra vo cung= x =2 khong la mot tiém
¥o24 x"=5x+6

can ding

CUR@BHOOOOO0MMOODOOAE

[ Math &
¥ —1 A KE +E+T
L S
-1. 1667

= Dap s6 chinh xac la B

Bdi todn 7: [Thi thit chuyén Lwong Van Tuy 1an 1 nam 2017]

SO tiém can cua do6 thi ham sd y = la:

x? -1
A. 1 B. 2 C.3 D. 4

Loi giai:
Phuong trinh mau s8 bang 0 ¢6 2 nghiém x =+1

Tinh lim —
-1 x° —

B @km N E@EH0MOBHO0EEHE0E

=+oc = x =1 la tiém can ding

::-:: F:] Math &
HZ—1
ROO000. 25
Tinh lim n =+ oc = x =-1 la tiém can ding
x—>-1" x° —
coEOROOMEBEE
::.;: F:] Math &
H“E—1
499999, 75

= Dap s6 chinh xac la B

Bdi todn 8: [Thi thi THPT Vit Vin Hiéu -Nam Pinh 1in 1 nam 2017]
SO duong tiém can cuia d6 thi ham s6 y = |i2__1|4 la:
A. 4 B. 3 C. 2 D.1
Loi giai:
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Phuong trinh mau s8 bang 0 ¢6 2 nghiém x =+2

x—1
Tinh limu =+ = x =2 la tiém can ding

x—2" [x2 -4
(N (&) (strr) foys) (i) O (5 (D @ (va) () O (3 (B (@) ) @1 (B D @ & 2 ] ) &

[F] Math &
| #—11
.||;:-.12_

d
500, 0004575

x—1
Tinh lim u =+ = x=-1 la tiém can ding

=2yt -4
U EAEO0DRMEBEOE

I;x:_i I ] Math &
f#Z -4
1500, 000313

= Dép s6 chinh xac1a C

Bai todn 9: [Thi thit chuyén Thai Binh Ian 1 nam 2017]
b s s ~ 2x% — N A A a
Tim cdc gia tri thuc cia m dé d6 thiham so y = m khong co tiém can ding ?
x—m
m=0
A.m=0 B.[ C.m>-1 D. m>1
m=1
Loi giai:
2 _ 2 _ 2 _
Véi m=0 ham s y = 2> % Tinh lim 2= - -3 1im 2* —2¥ _ _3 — Khéng c6 tiém cin
x—0" X x—0" X

ding = m=0 thoa.
BRAeNXAEEEN@EN0EHDOXEEOE
COOENO0PEEE0E

m Math & m Math &

FHE I FHE I

# #
_is00001
-2, 999935 500000
Twong tw m=1 cling théa = Pap s6 chinh xac la B
2

Chu y: Néu chung ta cht1 y mét chat ty luén thi ham s6 y = sé rtt gon tir mau va thanh

y=2x-3 la duong thing nén khong cé tiém can ding.

Bdi todn 10: [Thi tht THPT Quang Xwong —Thanh Hoa Ian 1 nam 2017]

x+Vx+x+1

X +x

A. 1 B. 2 C.3 D. 4

Ham s6 y = c6 bao nhiéu duwong tiém can ?
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Loi giai:
[ A2
Phuong trinh mau s& bang 0 c6 1 nghiém duy nhat x=0 . Tinh lim w =+oc

207 X +x
= x =0 la tiém can ding
() (e O] () (va) (e O] (3 () (e O (B () @ (e O] (7 (3] & (F) (i) B (cacg) (0] () (10 (0]
WE=E01E

jC] Math &

e E 41
HD
1000001, 5

x+Vxt+x+1

Tinh lim 3 =0 =y =0 latiém can ngang
X—>+oc X +Xx
CHDOOEEOE

O] Math &

s A E L
S
2. 000000001 xels

x+Nxt+x+1

Tinh }LIEC T ix =0 =y =0 la tiém can ngang
ﬂﬂ[][][]ﬂ![]l!g?
:-:+4':=-:§+T
R 2

Tém lai d6 thi ham s6 ¢6 1 tiém can ding va 1 tiém can ngang = B chinh xac

Chu y: Hoc sinh thuong méc dinh ¢6 2 tiém can ngang = Chon nham dap an C

Bai todn 11: [Thi HK1 chuyén Nguyén Du - Pac Lac nim 2017]

Tim tat ca cac s8 thiee m dé d6 thi ham s y=—; c6 3 duong tiém can
x* —m

A. m#0 B. m=0 C.m>0 D. m<0

N e

Loi giai:

Th voi m=9 Tinh lim 5 =lim 5
X—>+oc x _9 x——oc _9

B @ NEEEMD00EENEMEM0E)EO]E

=0 = D06 thi ham sd chi ¢ 1 tiém can ngang

Math & B Math &
# #
HE -0 HE -0
1™ - 1xin®
Phuong trinh mau s8 bang 0 ¢6 hai nghiém x =3;x =-3 . Tinh lim 5" +oc; lim — 5" +oc
=3 x° — x—>-3" x° —

= ¢6 2 tiém can dung

M OIERNE
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B Math & B Math &

HE - HE -
AO0. 02353194 499999, 9167

Vay m=9 thoa = Dép s6 chita m =9 la C chinh xac.

Bdi todn 12: [Thi thit chuyén Lwong Van Tuy lan 1 nam 2017]
Tim tat ca cac gid tri thue cia tham s& m dé€ d6 thi ham s6 y = x+mvx* +x+1 b duong tiém
can ngang

A. m=-1 B. m<0 C.m>0 D. m=+1

N e

Loi giai:
Véi m=-1.Tinh lim (x—\/x2+x+1)=—%: x=-1 théa = Dap s6 dung la A hodc D

X—>Foc

s O (=) (=) e O] (o3 () i) ) (B D e D @D @ 1) E

AR +R+

1

Z

Véi m=1.Tinh lim (x+\/x2+x+1):—%:> x =1 thoéa = Ddép sd chinh xacla D

X—>—C

(ew) O () (=) e O] (o3 (B e ) (B D e S D @@ E
o]

AEIAS+R+]

(] o
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C. BAI TAP TRAC NGHIEM

I. DE BAI
Ciul. DO thihamss y= 2x _1 o6 cac duong tiém can duing va tiém can ngang lan luot la:
x_
A. x=1vay=-3. B. x=2vay=1.
Cx=lvay=2. D.x=-1vay=2.
Cau2. DO6thihamso y= — 2x €6 cac duong tiém can dung va tiém can ngang lan luot la:
X+
A . x=-2vay=-3. B.x=-2vay=1.
C.x=-2vay=3. D.x=2va y=1.
Cau3. DO thihamsd y= 22x3—3 5 c6 cac duong tiém can ding va tiém can ngang lan luot
x*=3x+
la:
A.x=1, x=2vay=0. B.x=1, x=2vay=2.
C.x=1vay=0. D. x=1, x=2va y=-3.
A A . \ A 1_3x2 ’ 7 \ o« A A ’ \ A A NA
Caud. DO thi ham s6 y=—; exi0 c6 cac duong tiém can ding va tiém can ngang lan luot
x*—6x+
la:
A. x=3vay=-3. B. x=3 va y=0.
C.x=3vay=1. D. y=3vax=-3.
. i B2 Ceen A -
Cau5. DO thihamso y= 3—8 c6 cac duong tiém can ding va tiém can ngang lan luot
x J—
la:
A. y=2 vax=0. B.x=2vay=0. C.x=2vay=3. D.y=2vax=3.
Ciu6. S8 dudng tiém cdn ciia @ thi ham s8 y = —— 1a:
3+2x
A. 4 B. 1. C.0. D. 2.
Ciu 7. SO duong tiém can cua d6 thiham s y = la:
3x+2
A. 1. B. 3. C. 4. D. 2.
Ciu 8. SO duong tiém can cua d6 thi ham s y = )§+14 la:
[
A. 4. B. 2. C. 1. D. 3.
Ciu9. SO duong tiém can cua d6 thi ham s6 y = ﬁ +x la:
x> =3x—
A. 4 B. 3. C.2. D. 5.
Cau10. Chohams§ y= % Khing dinh nao sau day 14 sai:
x_

A.D6 thi ham sd ¢6 tiém can ding x =3.
B. Ham sd nghich bién trén R\ {3} .
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Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

C. D06 thi ham s6 c6 tiém can ngang la y =1.
D. D6 thi ham s6 c6 tam d6i xang la 1(3;1).
D06 thi ham s6 nao sau day c6 ba duwong tiém cén ?

1-2x 1

x+3 X
= ) B. y= .
1+x Y 4—x?

C. = . D. =,
Y 5x—1 Y X —x+9

— 4 2 >
% . Khing dinh ndo sau day 1a khing dinh dung?
3x* -3

Chohamsd y =
A.D6 thi ham s6 ¢ tiém can ding, khong 6 tiém can ngang.

B. D6 thi ham s6 ¢6 2 tiém can dang, ¢6 1 tiém can ngang y =-3.

C. Db thi ham s6 ¢4 2 tiém can ding, ¢6 1 tiém can ngang y=-1.

D. D6 thi ham s6 khéng c6 tiém can ding, co tiém can ngang.

D6 thi ham s6 nao sau day khong c6 tiém can dung;:

3x-1 -1 Jx+3 1

= . B. y=—. C.y= . D.y=
x*+1 T T 4

Ay

D6 thi ham s6 nao sau day khong co tiém can ngang:

_2x-3 V! +3x7 +7 3 3

. B.y=—————_ C.y= .
x+1 Y 2x-1 Y x> =1 x—

D6 thi nhu hinh vé 1a cia ham s6 nao sau day:

i

|
|
I
I
|
I
|
I
I
I
|
______________ d e e - — -
|
I
|
I
|
I
I
|
I
I

A y=XL B.y—>"%

_x+2 x—2
x+1 '

x-1"

Cuy

x-1
R 3x—
Doth1hamsoy=3 5
X+

B. x=1.

c6 duong tiém can ngang la

A. x=3. C.y=3.

2x-1
x+2
B. 2.

D6 thi ham s6 y = c6 bao nhiéu duong tiém can?

Al C.s.

S5 dudng tiém can ctia db thi ham s y=— =" 1
x =3x+2

A.0. C.2.

B. 1. D. 3.

mx+9

Cho ham s6 y = c6 d6 thi (C) . Két luan nao sau day dung ?

X+m
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Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

A.Khi m=3 thi (C) khong cé duong tiém can ding.
B. Khi m=-3 thi (C) khong cé duong tiém can ding.
C. Khi m#£3 thi (C) c6 tiém can diing x =—m, tiém can ngang y=m.

D. Khi m=0 thi (C) khong c6 tiém can ngang.

Tim tat ca cac duong tiém can ctia d6 thi ham s6 y = x+3
NESE|

A. y=+1. B. x=1. C.y=1. D. y=-1.

/e .7 . \ 2 EAYN . mx — 7 oA A ’ . A2
Vi gid tri nao caa m thi do thi (C): y = o c6 tiém can ding di qua dlemM(—l;\/E)

xX+m
?
A.mzﬂ. B. m=0. C.m:l. D. m=2.
2 2

+n

Cho ham s§ y="2

c6 do6 thi (C). Biét tiém can ngang cta (C) di qua diém A(-1;2)

dong thoi diém 1(2;1) thudc (C). Khi d6 gid tri caa m+n la

A. m+n=-1. B. m+n=1. C.m+n=-3. D. m+n=3.
S0 tiém can ctia ham so y=L1x la
Jx? -9 -4
A. 2. B. 4. C. 3. D. 1.
Gié tri ctia m d& d@6 thi ham s8 y = x"”l khong c6 tiém can dimg la
mx —
A.m=0;m=4=1. B. m=-1. C. m=4l. D. m=1.
2 3/..3 2
S0 tiém can ctia ham so y:\/x +1+\/x1+3x +1 la
x_
A. 3. B. 2. C.1. D. 4.
;e AN H2XH2-mx L A A .
D6 thi ham s6 y = 5 c6 hai duong tiém can ngang voi
X+
A. VmeR. B. m=1. Cm=0m=1. D. m=0.
2_
Do thi ham s y = X 1FMY 4 4 ong tiém can dimg khi
x_
A. m=0. B. VimeR. C. m=-1. D. m#1.
o s A A ma i Nd-x* |
S6 duong tiém can cua d6 thiham s6 y=———— la
x°=3x-4
A. 1. B. 0. C.2. D. 3.
[ 2
x4l néu x>1
SO tiém can cua d6 thi ham sd y = x
X pdux<d
x—1
A. 1. B. 2. C.3. D. 4.
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Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

x*=(2m+3)x+2(m-1)

Xac dinh m dé d6 thi ham s6 y = khong co tiém can dung.

x—2
A.m=-2. B. m=2. C.m=3. D.m=1.
Xac dinh m dé d6 thi ham s6 y = —; 3 —— 6 dung hai tiém can dung.
4x +2(2m+3)x+m -1
A.m<—£. B. -1<m<1. C.m>—§. D.m>—£.
12 2 12
x—1

Xéc dinh m d€ d6 thi ham s6 y =

cd ding hai tiém can ding.
x2+2(m—1)x+m2—2 & T &

A.m<%;m¢1;m¢—3. B.m>—%;m¢1.

C.m>—§. D.m<§.
2 2

Tim tét ca cac gia tri thuc ctia tham s8 m d€ d6 thi ham s6 y =x++vmx* +1 ¢6 tiém can

ngang.
A.O0<m<1. B.m=-1. Cm>1. D. m=1.

Vat—x+3-2x+1

3

> . Trong cac khang dinh sau, khang dinh nao la
X =2x"—x+2

Cho ham sd y=

khang dinh dung?

A. D6 thi ham s6 khong c6 tiém can ding, khong ¢ tiém can ngang.

B. D6 thi ham s6 khong c6 tiém can ding va c6 dung 1 tiém can ngang.
C. D6 thi ham s6 ¢6 dang 3 tiém can duing va 2 tiém can ngang.

D. D6 thi ham s& ¢ dung 2 tiém can ding va 1 tiém can ngang.

Tim tat ca céc gia tri thye cua tham s6 m sao cho d6 thi chiaham s6 y = co hai

x+1
mx?+1

tiém can ngang.

A. m<0. B. m>0.
C. m=0. D. Khéng c6 gia tri thye nao ctia m thdéa man yéu cau dé bai.
Tim tat ca cac gia tri thuwc ctia tham s& m sao cho do6 thi cia ham s6 y = —~ ¢4 tiém
xX—m
can ding.
A.m>1. B. m=1.
C. m<1. D. Khong c6 mthoa man yéu cau dé bai.
N , ~ Wl a1 x+1 .
Tim tat ca cac gia tri thiec ciia tham s6 m sao cho do thi cia ham s6 y = T co
x> =3x"—-m
dung mot tiém can ding.
m>0 m>0 m=>0
A.meR. B. . C. . D. .
m<—4 m<—4 m<—4
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2 2
A N A, 2 7 .“7 . 2 A A . 2 \ A x - mx - 21’}’[
Cau 38. Tim tat ca cac gia tri thuc cia tham s6 m sao cho do thi cia ham s6 y=————

x-2
o tiém can ding.
. . A A e m# =2
A. Khong c6 m thoa man yéu déu dé bai. B. =
m#

m#-2
C.meR. D.

m#1

n N A~ 2 7 .7 . B ~ A . 2 \ A 5x - 3
Cau 39. Tim tat ca cac gia tri thuc cta tham s6 m sao cho d6 thi cia ham s6 y = pER—
X" =2mx+

khong c6 tiém can ding.
m>1
. . B. -1<m<1. Cm=-1. D.m=1.
m<-1

2x+1
x_

Cau 40. Cho ham s8 y = c6 do thi (C). Goi M 1a mét diém bat ki trén (C). Tiép tuyén
cua (C ) tai M cit cac duong tiém can cua (C ) tai A va B.Goi I la giao diém ctia cac

duwong tiém can ctia (C ) . Tinh dién tich ctia tam gidc IAB.

A. 2. B. 12. C. 4. D. 6.
Cau 41. S6 duong tiém can cua d6 thi ham s y = x+3 la:
A.2. B. 0. C. 1. D. 3.
n o s VIR s
Cau 42. SO duwong tiém can ctia d6 thi ham s6 y = 5 la:
x —
A.0. B. 1. C.3. D. 3.

Ciu 43. DO thiham sd y=x—+x”> —4x+2 0 tiém can ngang la:
A y=2. B.y=-2. C.y=+2. D. x=-2.

Cau 44. Tim diém M thudc d6 thi ham s6y = 2211

sao cho khoang cach tit M dén tiém can ding

bang khoang cach tit M dén truc hoanh

A. M(0;-1),M(3;2). B. M(2;1),M(4;3).
C. M(0;-1),M(4;3). D. M(2;1),M(3;2).
Cau 45, S tiém can ctia dd thi ham s8 y =~ =2 13
xX+2
A.0. B. 1. C.2. D. 3.
Caud6. S tiém can cita d thi ham s§ y =+ =2 13
(x+2)
A.0. B. 1. C.2. D. 3.
x> -2

Ciu 47. SO tiém can cua d6 thi ham s y = 1a

x—1
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Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

A. 1 B. 0. C.3. D. 2.
Choham sd y = % (C). Cé tat ca bao nhiéu diém M thudc (C) sao cho khoang cach ttr
x —

M dén tiém can ngang bang 5 Ian khoang céach tir diém M dén tiém can diing.

A. 4 B. 3. C.2 D. 1.
D6 thi ham s6 y = 3x - 29 c6 duong tiém can ding la x=a va duong tiém can ngang la
X+
y="b. Gia tri cia s6 nguyén m nho nhat thoa man m>a+b la
A. 0. B. 3. C. -1. D. -2.
2x

Cho ham s6 y =

-3 C). Goi M 1a diém bat ky trén (C), d 1a tong khoang cach ttr M
> y & g
xX—

dén hai duong tiém can ctia d6 thi (C). Gia tri nhé nhat cta d la

A.5. B. 10. C.6. D. 2.

2x _23 (C). Goi d 1a khoang cach tir giao diém cua 2 tiém can cta (C) dén
x —_
mot tiép tuyén bat ky cua d6 thi (C). Gia tri 16n nhat cua d 1a

A. 2. B. 3. C. 34/3. D. 2.

Cho ham s8 y = 2x_—23 (C). Goi d 1a tiép tuyén bat ki ctia (C), d cat hai dwong tiém can
x —

Chohamsé y =

ctia d6 thi (C) Tan luot tai A, B. Khi d6 khoang cach gitta A va B ngan nhat bang
A 4. B. 3\2. C. 2. D. 3.3.

A gn A A e a1 s o 1
Tim s6 duwong tiém can cua do6 thi ham s6 y=2x+1-—

X
A.2 B. 1 C.3 D.0
Tim duwong tiém can xién cua d6 thi ham sd y = %
A. y=2x B.y=2 C.y=2x-3 D. y=2x+1
Tim giao di€m cua truc tung véi tiém céan xién cua duong cong y = %

A. (O;_Zj B. (0;4) C.(0:-2) b (O;%j

Tim duong tiém can xién ctia d6 thi ham s8 y =</x* —x
A y=x B. y=2x C.y=2x-3 D.y=1-x

2x* —3x+m+1

Tim tat ca cac gia tri cua tham s6 m d€ d6 thi ham s6 y = 1 khong ton tai
x —
dwong tiém can xién.
A.m=-1 B. m=0 C.m=-1 D. m=3
mx® =2
Tim tat ca cac gia tri cua tham s6 m dé€ duong cong vy = PRy 6 hai tiém can
x”=3x+

ding ?

Tong hop cdc chuyén dé luyén thi dai hoc Trang 268



Bién soan: Bui Trin Duy Tudn https://facebook.com/duytuan.qna

Cau 59.

Cau 60.

A mel2t B. {3 C.m#=-1 D. me{2;1}
4 2
n A, 2 7 .7 . ) N A2 \ X2 —m 7 PRPEPN A
Tim tat ca cac gia tri cia tham s6 m dé duong cong y = 7 ixi3 c6 hai tiém can
—4x+
ding.
A. me{4;36} B. me{2;1} C. m¢{3;4} D. m#=-1

Gia st M(x,;y,) 1a giao diém ctia duwong phan gidc géc phan tw thit nhét (ciia mét

Vat+1

x
A.2 B.3 C.4 D. 8

phang toa d6) véi tiém can ngang ctia 6 thi ham s8 y = . Tinh x, +y,
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II. DAP AN VA HUONG DAN GIAI

1C |2A |3A |4A |5B |6éD |7D |8D |9C |10B |11B | 12C |13A | 14B | 15C
16D | 17B | 18D | 19C | 20A | 21D | 22A | 23B | 24A | 25A | 26A | 27C | 28A | 29C | 30A
31D | 32A | 33D | 34B | 35B | 36C | 37C | 38D | 39B | 40C | 41A | 42A | 43A | 44C | 45A
46C | 47D |48C | 49D | 50D | 51A | 52A | 53A | 54D | 55A | 56A | 57B | 58A | 59A | 60A

Caul. ChonC

7 . 2x - 3 \ . A . \ ~ /4 oA A 7 \
Ta ¢ lim =—o0 va lim =+oonén d6 thi ham s& ¢é tiém can ding la x =1

-1t x—=1 -1 x—1
. 2X - 3 A AN . \ ~ 7 g A A \
lim T 2 nén do thi ham s6 co6 tiém can ngang la y =2
x>k x —

Phuong phép trac nghiém

Nhap biéu thtc 22—,
x-1
An CALC x=1+10". An = duoc két qua bing -999999998 nén lim 2x ‘13 =—w.
x->1" X —
An CALC x=1-10". An = duoc két qua bing 999999998 nén lim = _13 — 400
-1 X —
= d0 thi ham s8 ¢6 tiém can dung la x =1
An CALC x=10". An = duoc két qua bing 2 nén lim 2x _13 =2.
x—oFo x —
= d0 thi ham sd ¢6 tiém can ngang la y =2
Cau2. Chon A
.. 1-3x . o 1-3x A DA s 1 N o en A . 3
Ta ¢6 lim =+0 va lim =—conén do6 thi ham s c6 tiém can dung la
(-2)" x+2 -2y x+2
x=-2
(e 1—=3x A A TN A \
Ta co lim 5= -3 nén do thi ham so c6 tiém can ngang la y=-3
X—>to x4
Phuong phép trac nghiém
Nhap biéu thic =% .
x+2
An CALC x=-2+10". An = dugc két qua bang 6999999997 nén  lim 1- 32x =400
x>(2)" X+
An CALC x=-2-10". An = duoc két qua bing 7000000003 nén lim 1 32x =-
¥>(2) X+
= d0 thi ham s& ¢6 tiém can ding la x =-2
An CALC x=10". An = dugc két qua bing -2,999999999 nén lim L _32x =-3.
x>0 x4

= d0 thi ham s& ¢6 tiém cdn ngang la y =-3

Cau3. ChonA
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Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Ta cé lim 2236—_3 =400 va lirn,zzx—_3 = —oonén d6 thi ham s ¢ tiém can ding la

x—1" —3x+2 o1 x°—3x+2
x =1. Tinh twong tu véi x =2
Ta c6 lim 22x——3 =0 nén d6 thi ham s0 ¢6 tiém can ngangla y =0

¥k x° —3x+2
Phuong phap trac nghiém:
Nhap biéu thie 22>

X" =3x+2
Xét tai x=1: An CALC x=1+10°. An = duwgc két qua bf?mg 999999998 nén
. 2x—-3
lim 5 A +00 .,
-1 x" =3x+2
An CALC x=1+10". An = duoc két qua bang -1,000000002 nén lim% =—00
1 x" =3x+
Tuong tw xét véi x =2
= d0 thi ham s& ¢6 tiém can ding la x=1va x=2
An CALC x=10". An = dugc két qua bing 2.10™ nén lim % =0
x>t x° — Jx +

= d0 thi ham s& ¢6 tiém can ngangla y=0

Chon A
. 1-3x7 < 1-3x? A A e s N A A s \
lim ——————-=-% va lim —————— =-%nén do thi ham s0 ¢6 tiém can ding la
-3 x° —6x+9 -3 x°—6x+9
x=3.
1 -3x? A LS A en A .
Ta cé lim ———— =-3 nén d6 thi ham s c6 tiém can ngang la y=-3

o % —6x+9
Phuong phép trac nghiém
Twong tu cau 3,4 nén tu tinh kiém tra
Chon B
Tuwong tw cau 3.
Chon D

. oA en A A a \ 3 A A \
Tim tuong tu cac cau trén ta duoc tiém can ding la x = 5 va tiém can ngang la

1 ~ o3 A A 1n
y= > = 50 duong tiém can la 2.
Chon D
. A Y . 2 oA A \
Tim tuong tu cac cau trén ta dwoc tiém can ding la x = -3 va tiém can ngang la y=0

= 56 duong tiém can la 2

Chon D

Tim duogc tiém can ding la x =2 va tiém can ngangla y =0
= 56 duong tiém can la 3

Chon C
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x® —3x* —3x
x> —3x—4
Tim dugc tiém can ding la x =-1,x =4 va khong co tiém can ngang (Vi lim y =+o0)

Quy dong bién d6i ham s6 da cho trd thanh y =

= 56 duong tiém can la 2
Cau10. Chon B

Tim dwoc tiém can ding la x =3 va tiém canngangla y =1

Giao diém cta hai duong tiém can 1(3;1)la tam ddi xtéing cua d6 thi = A,C,D dung
Cau11. ChonB

D6 thi ham s6 y = c6 3 duong tiém can.(TCb la x=+2 vaTCN y =0)

4-x°
Cau 12. Chon C
4
D6 thiham s6y = % c6 hai duong tiém can ding x =+1 va mot tiém can ngang
3x* -3

y=-1
Cau13. Chon A

. A A A A n ops 3x—1
Phuong trinh x* +1=0 v6 nghiém nén khong tim dugc s6 x, d€lim X oo

xoxg x°+1

o . x A . \ ~ A 4 oA A ’
hoac lim =100 = d0 thi ham s6 khong co tiém can ding

g X7 +1
C4c d6 thi ham s6 ¢ B,C,D [an lwot cd cdc TCD 1a x=0,x=-2,x=1
Cau 14. Chon B
Ta céd lim M
Xk 2x-1
Cac d6 thi ham s6 ¢ B,C,D lan lwgt c6 cac TCN 1a y=2,y=0,y =1
Cau 15. Chon C
Ttr d6 thi ta thay c6 tiém can ding la x=1 va y=1 = loai A,B

=100 = d06 thi ham s6 khong c6 tiém can ngang.

Xét tiép thay giao diém ctia d6 thi ham sé vdi truc tung 1a (0;-2) = Chon C.
Cau16. Chon D
-1 .. 3x-1

Ta co lim 3x = lim =1.
x40 3x+2 xo>-= 3x 42

Do d6 d6 thi ham s6 c6 duong tiém can ngang la y =1

Phuong phap trac nghiém

Nhap vio méy tinh biéu thitc ;’X ~1 4 CALC 10" ta duoc két quala 1.

X+2
Tiép tuc CALC -10" ta dwoc két quala 1.
Vay do6 thi ham s6 c6 duong tiém can ngang la y =1
Cau17. ChonB
2x-1 2x -1

Ta co lim = lim

=2 nén d6 thi ham sd c6 duong tiém can ngangla y=2.
x40 x4 D x>0 x4 2
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Cau 18.

Cau 19.

.o 2x-1 . 2x-1
Lai ¢c6 lim = —o0; lim
x>2" x+2 x>-2 x+2

x=-2.

Vay d6 thi ham s6 da cho c6 hai duong tiém can.

=+o0 nén d6 thi ham sd c¢d6 duong tiém can ding

Phuong phép trac nghiém

Nhap vao mdy tinh biéu thitc 22— &n CALC 10” ta dugc két qua 1a 2.

X+2
Ti€p tuc CALC -10" ta duoc két qua la 2.
Vay d6 thi ham s6 c6 duong tiém can ngangla y=2.

Tiép tuc &n CALC —2+107" ta dwoc két qua 1a —5.10", an CALC -2-10"" ta duoc két

quala 5.10” nén cé lim 2x—1_ —o0; lim il 400
x>-2" X +2 x—>2" x+2

Do d6 ta duoc x =-2 la tiém can ding cua do thi ham sd.

Vay do6 thi ham s6 da cho c6 hai duong tiém can.

Chon D
Phuong phap tu luan
Ta co: lim&:O limﬁ—

o=y 3x4+2 e x? —3x 42
Do d6 d6 thi ham s6 c6 duong tiém can ngang y =0.

. , . 2x -1 ; 2x-1 \ . 2x-1
Lai co lim————=+0;lim ————=-» va lim ————=—x;
-1 x°—3x+2 -1 x° —=3x+2 =27 x° =3x+2
. 2 _1 A AN . \ A~ 7 . \ PN A 7 \
lim—X""  _ 4w nén do thi ham s6 c6 hai dwong tiém can dingla x=1,x=2.

2" % —3x+2

Vay do6 thi ham s6 da cho c6 3 duong tiém can.
Phuong phap trac nghiém

2X-1
+3X+2
Tiép tuc CALC -10" ta dwoc két qua la 0.
Vay d6 thi ham s6 ¢6 dwong tiém can ngang la y=0.

Tiép tuc an CALC 1+107" ta dwoc két qua la -1.10", &n CALC 1-10"" ta duoc két qua

Nhéap vao mdy tinh biéu thirc — an CALC 10" ta duoc két qua la 0.
X

. Nt 2x - . - . A A
la 1.10" nén c6 lim ————— =+o0;lim —————=— do d6 ta dugc x =1 la tiém can
-1 x"=3x+2 -1 x" =3x+2

ding cua d6 thi ham sé.

Tiép tuc &n CALC 2+107" ta duoc két qua la 3.10", &n CALC 1-107" ta dwgc két qua

la -3.10" nén co lirr}22x—_1 =—o0; lim22x——1:+w do d6 ta duwoc x=2 la tiém
2" x° =3x+2 12" x° —=3x+2

can ding cua d6 thi ham sé.

Vay do6 thi ham s6 da cho c6 ba duong tiém can.

Chon C

Phuwong phap tu luan

Xét phuwong trinh: mx+9=0.
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Véi x=-m tacd: -m*+9=0<m=13

Kiém tra thdy véi m =13 thi ham sd khong c6 tiém can diang va tiém can ngang.

Khi m # £3 ham s6 ludn c6 tiém can ding x =m hodc x =—m va tiém can ngang y =m
Phuong phap trac nghiém

Y+9

an CALC X=-3+10";Y=-3
+Y

Nhép vio mdy tinh bidu thitc =

ta duoc két qua 3.
Tiép tuc an CALC X =-3-10";Y =-3 ta duoc két qua -3.
Vay khi m =-3 d6 thi ham sd khong c6 duong tiém can dung.
Twong tu véi m=3 ta cling co két qua tuong tu.
Vay cac dap an A va B khong théa man.
Tiép tuc &n CALC X =-10";Y =0 ta dwoc két qua 9x10™"°, &n CALC X=10";Y =0 ta
duoc két qua 9x107°.
Do d6 ham s co tiém can ngang y =0.
Vay dap an D sai.
Cau 20. Chon A
Phuong phap tu luan

Vi TXD ctua ham s6 1a R nén d6 thi ham s6 khong c6 tiém can dung.

3 3
x+3 I+ x+3 1+
Lai co lim =lim X —1va lim ——=1lim —&X—=-1
X—>+00 \/x2+1 X—>+o0 1 X——00 [x2+1 X—>—00 1
1+— =1+
X X

Vay d6 thi ham s6 ¢6 hai duwong tiém can ngang la y ==1
Phuong phép trac nghiém
x+3
Jr 41
Tiép tuc an CALC -10" ta dwoc két quala —1.
Vay co hai tiém can ngang la y =+1.
Cau 21. Chon D

D& do thi ham s8 c6 dwong tiém can dung thi m”* +2 %0 ludn dung véi moi m.

Nhép vao mdy tinh bi€u thirc an CALC 10" ta duoc két quala 1.

Khi d6 d thi ham s c6 duong tiém can ding 1a x = —% .
A AR A A : . . om
Vay dé€ tiém can ding di qua diém M(-1; \/E) thi 5= -lem=2
Cau 22. Chon A
Pé ham s6 cé duong tiém can ngang thi m+n#=0
Khi d6 tiém can ngang ctua d6 thi ham sd1a y=mdo d6 tacé m=2
Mt khac d6 thi ham s6 di qua diém 1(2;1) nén c6 2m+n=1=n=-3

Vay m+n=-1
Cau 23. Chon B
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Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

x2-9>0
& x € (—0; -3]U[3;+0) \ {+ 5}
Vx? -9 =4
Vxt+1-x Vxt+1-x
2
94

Khi d6 cé: lim ————=0; lim —————=2 nén d6 thi ham s& c6 hai duong tiém

X—>+0 m X——© x2 _9 _4
VX +1—-x . NxXT+1-x

Mat khéac ¢ lim Foo; lim —————— =100 nén d6 thi ham sd c6 hai duong

o x* -9 -4 o5 ¥’ -9 -4

tiém can ding.

biéu kién xac dinh {
can ngang.

Vay d6 thi ham s6 da cho c6 4 duong tiém can.

Chon A

Xét m=0 thi d6 thi ham s khong c6 duong tiém can ding.

Xét m#0 khi d6 d6 thi ham s6 khong c6 duong tiém can diéng néu
ad-bc=0<-1+m* =0 < m==1.

Vay gia tri cua m can tim la m =0;m =+1

Chon A
2 3/..3 2
Ta co linl1 1+ \/xl Fox 1 0. Vay d6 thi ham sd c6 duong tiém can dungla x =1
X—> x J—

Mit khac lim y =2;lim y =0 nén d6 thi ham s6 ¢ hai tiém can ngang.
Vay d6 thi ham s6 da cho c6 3 duong tiém can.
Chon A

Lo NXP 42X 42 —mx o AN H+2x+2 —mx
Xét lim =-1-m va lim =

X—y—00 x+2 X400 x+2

1-m

Dé ham s ¢é hai tiém can ngang thi —1-m#=1-m (thoa v6i moi m).

Vay Vm e R thi d6 thi ham s6 ¢6 hai tiém can ngang.

Chon C

Xét phurong trinh Vx* —x+1+mx=0.

Néu phuong trinh khong c6 nghiém x =1thi d6 thi ham s6 c6 duong tiém can dung la
x=1.

Néu phuong trinh c¢6 nghiém x =1hay m=-1.

Vi —x+1-x -1

Khi d6 xét gidi han: lim =lim _ 1 nén trong truong hop

x—1 x—1 x—1 [xz_x_i_l_i_x

nay d6 thi ham s khong c6 duong tiém can ding.

Vay m#-1.
Chon A
) —2<x<2
YN “ A 4_x 20 —ZSXSZ
Diéu kién: Ssx#z-1 R .
x*=3x—-4=0 x#-1
x#4
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A ) Va-x* . . Va-x*
Taco lim y= lim ————=-0; lim y= lim ———

o) T xo(1) x° —=3x—4 x(-1) (1) x° —3x—4 B

+00 .

Suy ra duong thang x=-1 1a tiém can ding ctia do thi ham s8 khi x —>(—1)+ va

x— (—1)_ . Vi lim y khong ton tai nén d6 thi ham sd khong cé tiém can ngang.

x—>too

Cau 29. ChonC

11 . 2x A \ g N g A N 7 ) AVN . \ A7
Ta c6 lim y = lim —— = - nén duong thang x =1 la tiém can ding cta do thi ham so.

x—1" x>l X — 1

lim y = lim 2_xl =lim 2 2 nén duong thang y=2 la tiém can ngang cta do thi
X—>—0 X0 y — X—>—0

x
ham s6 khi x — —o.
[ -2
lim y = lim ad +1zlim

X—>+0 X—>+0 x X—>+0 x

1 R . g C A A o
1+— =1 nén duong thdng y =1 1a ti€ém can ngang caa do

thi ham s6 khi x — 4.

Cau 30. Chon A

xz—(2m+3)x+2(m—l)
x—2

< phuong trinh f(x)=x*—(2m+3)x+2(m—1)=0 c6 nghiém x =2

D6 thi ham s6 y = khong c6 tiém can dung

& f(2)=0=4-2(2m+3)+2(m-1)=0 < 2m-4=0=m=-2.

Cau 31. Chon D
3
4x? +2(2m+3)x+m2 -1

b6 thiham s6 y = c6 dung hai tiém can dung
< phuong trinh 4x* +2(2m+3)x+m*~1=0 c6 hai nghiém phéan biét

S A'>0e (2m+3) —4(m*-1)>0 S 12m> 13 m> -
12

Cau 32. Chon A
x—1
x2+2(m—1)x+m2—2

b6 thiham s6 y = c6 dung hai tiém can dung

< phuong trinh f(x)=x*+2(m—1)x+m*-2=0 c6 2 nghiém phan biét khac 1.

m<=

{A'>0 (m-1)" ~(m*~2)>0 {—2m+3>0 2
= = <am#l
f(1)=0 1+2(m=1)+m* =220 (M +2m=3#0 | .

Cau 33. Chon D
-Néu m=0 thi y=x+1. Suy ra, d6 thi cia n6 khong cd tiém can ngang.
-1 1

<x<
N-m

-Néu m <0 thi ham s6 xac dinh & mx*+1>0 <

4
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Do d6, lim y khong ton tai nén d6 thi ham s6 khong co tiém can ngang.
x—>to0

-V6i 0<m<1 thi limy:limx(1+,/m+l2J:+oo; limy:limx(l—,/m+l2J:—oo
X—>+0 X—>+00 x X—>—o0 X—>—00 x

nén do6 thi ham s6 khong c6 tiém can ngang.

-V6i m=1thi y=x++vx*+1

}Lﬂy=}ij&x[l+,/l+xin=+oo
x> +1)-x"
lim =lirn( i 1

y = =
X——00 X——© \/xZ + 1 —x X—>+00 i \/14_71-’- 1
x2

Suy ra duong thang y =0 la tiém can ngang ctia d6 thi ham s8 khi x — —o.

-Vo6i m>1 thi 1imy=1imx[1+‘/m+l2J=+oo
X—>+00 X—>+00 x

. . 1 A (A . \ ~ A 7 oA A
lim y = lim x[l -, /m +—2} =+o0 nén do6 thi ham s6 khong cé tiém can ngang.
X—>—0 X—>—00 X

Cau 34. Chon B

S 1 S 1

X*=x+3>0 r=—7 r=—7

Diéu kién: {2x+1>0 Six#E2 Sx#E2
=2 —x+2#0 x #+1 x#1

(xz—x+3)—(2x+1)

(x2—3x+2)(x+1)(\/x2—x+3 +m>

Vi diéu kién trén ta co, y =

x?—3x+2

1
(x2—3x+2)(x+1)(\/x2—x+3 +M) (x+1)(\/x2—x+3 +M)

Tacd lim y; lim y nén d6 thi ham s6 khong cé tiém can ding.
xo(1) 7 ()

Mait khac lim y = lim =0 nén duong thang y=0 la

xz(lﬂjwl_n;JagJ
X X X X X

tiém can ngang ctia d6 thi ham s6 khi x — +o.

lim y khong ton tai.

Cau 35. Chon B
biéu kién: mx*+1>0.

- Néu m=0 thi ham s0 tré thanh y = x+1 khong 6 tiém can ngang.
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Cau 36.

Cau 37.

-1 -1
- Néu m <0 thi ham s6 xac dinh < <x< .
J=m J=m
Do d6, lim y khong ton tai nén d6 thi ham s6 khong c6 tiém can ngang.

x—>to0

- Néu m >0 thi ham s6 xac dinh véi moi xeR.

1
1+— 1
lim y = lim ———==lim X — .
X*)+OO X—>+0 mx + X—>+0 'm
m+—
x2

Suy ra duong thang y = L la tiém can ngang ctia d6 thi ham s6 khi x — +oo.

Jm

1+ L
: x+1 : x 1
lim y = lim ———==lim =
xX—>—%0 X——0 /mx2 +1 X—>+00 \/ 1 /m
m+—
x2
Suy ra duong thang y = L la tiém can ngang ctia d6 thi ham s6 khi x — —o.

i
Vay m>0 thoa man yéu cau dé bai.
Chon C
<1
Diéu kién: {x .
X#m

Néu m>1 thi lim y; lim y khong ton tai nén d6 thi ham s6 khong c6 tiém can ding.

x~>m x—m-

Néu m=1 thi ham s6 tro thanh y = n
x J—

limy =lim _x:lim 1 =—0

V1
x—1" y P N 1 x—>1" 4 /1 —-x

Suy ra duong thang x =1 la tiém can ding ctia ¢6 thi ham s8 khi x —»1°.

limy khong ton tai.

x—1*

Do &6, m=1 thdéa man.

-Néu m<1 thi lim y = lim 17x =+00; lim y = lim 1-x

x—m* x-m" X —m x—m- x->m X—MmM

Suy ra duong thang x =m 1a tiém can dtng ctia d6 thi ham s6 khi x - m" va x > m".
Vaym <1 thoa man yéu cau dé bai.

Chon C

TH1 : Phuong trinh x° —3x* —m =0 c6 mdt nghiém don x =-1 va mot nghiém kép.

Phuong trinh x° —=3x*> —m =0 c6 nghiém x=-1 nén (—1)3 —3(—1)2 -m=0cm=—-4.
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Cau 38.

Cau 39.

Cau 40.

Cau 41.

x=-1
Véi m=-4 phuwong trinh trd thanh x°-3x*+4=0< { (thda man vi x=2 la

nghiém kép). vi
TH2: Phuong trinh x° —3x* —m =0 c6 dting mot nghiém

khac -1 < x°-3x” =m c6 mdt nghiém khac -1

{m<—4 m< —4 .
<_
o m>0 << m>0 c{m )

(1) -3.(-1) =m (m=—4

A & m > 0 2 ~ ~ AAY DA N\ .
Vay voi [ < 4 thoa man yéu cau de bai.
m

Chon D

2 2
AN XT-mx-=-2m" . . L,
D6 thi ciia ham s6 y=—2 6 tiém can dung
x_

<2 khong la nghiém ctia f(x)=x*—mx—2m’

) m#1
<:>f(2)=4—2m—2m 20 < .
m#-2
Chon B
A . 2 \ A 5X—3 A I oA A 7
D06 thi cua ham s6 y = —————khong c6 tiém can dung
x°=2mx+1

& x*-2mx+1=0 vonghiém ©A'<0 o m’ -1<0< -1<m<1.
Chon C

Vx#1.

Téap xéc dinh D=R\{1}. Dao ham y'= )2 ,
x-1

(C) c6 tiém can ding x =1 (dl) va tiém can ngang y =2 (dz) nén 1(1;2).

2 1
Goi M| x,; Yo ¥ e(C),xoil.
x,—1

Ti€p tuyén A cta (C) tai M c6 phuwong trinh y =f'(x0)(x—x0)+f(x0)

oy= -3 (x—x )+2x0+1
(x0—1)2 ’ X, =1
A citd tai A 1_2x0+2 va cat d, tai B(2x —1'2).
1 € 7 x0—1 2 € 0 7
, 2x, +2 4
Taco IA = xoﬂ_l —2‘=|xo_1 ; IB=|(2x,~1)-1|=2|x,~1].
Do dé, S=~I4IB=+. 2 2lx,—-1]=4.
2 2'|x, -1

Chon A
Tap xac dinh D=R
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Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 4e6.

Cau 47.

3 3
+3 1+ x+3 1+
Ta c6 lim =lim =1; lim =lim S |
X—+0 [x2+1 X—+0 1 X—>—0 [x2+1 X—>—0 1
1+— =1+
X X

Do d6 d6 thi ham s6 c6 hai duwong tiém can ngangla y=1 va y=-1.
Chon A
Téap xac dinh D=[-1;1]

R N o NI=x2 . N1-x* . N1=x* . A1-x7
Nén khong ton tai gidi han lim ; lim ;lim ;1im .
xote x—2 xome x =2 xo2t x—2 12 x-—2
Do d6 d6 thi ham sd khong ¢ tiém can.
Chon A
Tap xac dinh D=R

Tacélim(x—\/x2—4x+2):lim -2 _ym x5

X—>+0 X—>+00 2 X—>+0
x+\/x —4x+2 1+ 1_é+%
V' x x
Iim(x—\/x2—4x+2)=limx[1+‘/1—é+%J=—oo
X—>—00 X—>—0 X x
. g < 1. 4 2
vi imx=-o va lim| 1+ 1-—+—1=2>0
X—>—0 X—>—0 X x

Do d6 d6 thi ham s6 ¢ hai duong tiém can ngang la y=2.

Chon C

2x, +1
D706 x, £ 1
x,—1

Do M thudc d6 thi ham s6y = 2x_+11 nén M[xo;

Phuong trinh tiém can dingla x-1=0 (d ) .

2x0+1
x0—1

Giai phuong trinh d(M,d)=d(M,Ox) < [x, —1|=

Chon A

Tép xac dinh D =R \{-2}

Trén TXD ctia ham s6, bién d6i duwoc y =x—1. Do d6 d6 thi khéng c6 tiém can
Chon C

Tép xac dinh D =R\ {-2}

A 2 \ A oA A% x -
Trén TXD ctia ham s6, bién d6i duoc y =

x+2°
L1 - . -1 . -1 . -1
Ta cé lim 2= = lim & =1; lim il =—o0; lim 7w
¥k x 2 aomo x4 2 x>-2" X +2 x>2 X +2
Do d6 db6 thi ¢ 2 tiém cén

Chon D
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Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Tap xéc dinh D = (—oo; —ﬁ}u[\/i : +oo)

2
,— / — f— - /1_7
Ta c6 lim 2 =1; lim

X—>+0 X — X*H—OO X—>—%0 —0 1

X X

Do tap xac dinh D = —oo;—\/E \/5 +00 ) nén khong ton tai lim X - ;lim
p &

x—1" x—l x—1" x—l
Do d6 d6 thi c6 2 tiém can ngangla y=1 va y=-1.
Chon C

. , 2
Toa d6 diém M c6 dang M[xo; %o +3j
X, —

Phuong trinh duong tiém can ding tiém cdn ngang Jlan luot la
x-3=0 (d,), y-1=0 (d,).

Giai phuong trinh 54(M,d,)=d(M,d,) tim x,

Chon D

AP A A a1 NP A . 1
Ta c6 duong tiém can ding la x =-3 va duong tiém can ngangla y = 3

Nén a:—3,b=%.Dodé m2a+b<:>m2—§:m=—2

Chon D

2x,-3
Zjvé’ixO;tZ

0

Toa d6 diém M c6 dang M (
Phuong trinh tiém can ding, ngang lan luotla x-2=0 (dl) , y—2=0 (dz) :

Tacd d=d(M,d,)+d(M,d,)=|x,-2|+ >2

I, ~2)
Chon A

2 ~, \ A AVN . ’ 2 - 3 7.
Toa do diéem M bat ki thudc do6 thi cé dang M (xo ; al 5 j voi x, # 2

0

X—X, +2x0—3( )

Do d6 phuong trinh tiép tuyén tai M la y = —( )2 5 A).Tinh d(M,A)<2.
X, —2 Yo~

Chon A

2 A, \ A AN . , 2 - 3 7.
Toa do diéem Mbat ki thudc do6 thi cé dang M [xo; %o 5 j Vol x, #2

0
Xo

X=X, 2x,-3 (d)

Do d6 phuong trinh tiép tuyén tai M la y=— =+
(xo - 2) X =2

, ~ 2x,—2
Tim toa do giao cta tiém can va tiép tuyén A(Z; al 5 j, B(2x0 —2;2)
X, —
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T d6 danh gia AB>4
Cau 53. Chon A
Téap xac dinh D = R\ {0}

limyzlim(2x+l—lj=—oo

, x—0" x—>0" X A R ,

Ta co . = x =01a tiém can ding

limy =lim (2x+1——j =40

x—0" x—0" X

1

y=2x+1-—
Ta cod , = y=2x+1 la tiém can xién

Iim—==0

x—>too X

Vay ham s6 ¢6 2 duong tiém can.
Cau54. Chon D

2_ J—
Ta co y=M=2x+1+
x—2 x—2
y=2x+1+
Ta co RN y=2x+1la tiém can xién.
lim =0
x—)iroox_2

Cau 55. Chon A

Taco y= X
T T0nw1 T2 4 4(2xe)
x 7. 25
I7 T (o) c 7.
Ta c6 =y =——— la tiém can xién
. 23 2 4
hm—=
i0 4(2x+1)

. o« A? k3 - A A - A J&l N o« A? 7
Giao diém cta tiém can xién voi truc tung la diém M (O;_Z .

Cau 56. Chon A
GoiA:y=ax+b 1a tiém can xién cta d6 thi ham s8 y=3/x" - x

3 x3 1—7
Khidc’)azlimz:lim X lim——* _lim 3/1-— 1
X—>to0 X x—tw x—>+oo xX—>+t0
b=Ilm (y ax) lim (\3/x3—x—x)=hm[x{sh_%_lﬁ

X—>+0 x—>Fo0 X—>Fo0 x

Suy ra tiém can xién ctia ham s§ y =</x® —x 1a duong thang c6 phuwong trinh y = x.
Cau 57. Chon B

Ham s6 khong c6 tiém can xién khi da thuc g(x) =2x*-3x+m+1cd chitanhan tir x -1

0

(tec la phuong tr‘mhg(x) =0co6 nghiém x =1)
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Cau 58.

Cau 59.

Cau 60.

Yéu cau bai toan<2-3+m+1=0<m=0.

Chon A

Can nhd so tiém can dung cua do6 thi ham sd bﬁmg vOi sO gid tri x ma tai d6 ham s6
khong xac dinh.

Ta c6 D =R\ {1,2}

3 —_—
béhamsoy = ;nx— c6 hai tiém can dtng thi phuong trinh g(x)=mx>-2#0va
x°=3x+2
phuong trinh g(x) = mx® 2 =0 c6 nghiém khéc 1 va 2

m#2

1.

g(l)zm—2¢0
f—
g(2)=8m—2¢0 miz

Suy ra{

Chon A
Ta cox* —4x+3=(x—1)(x—3)

2

2 \ 4 - ’ [EPEPN A 7 \ \
bé dwong congy = me3 c6 hai tiém can ding thi phuong trinh
X" —4x+

g(x)=4x"—=m=0 va phuong trinh g(x)=4x>—m=0 c6 nghiém khac 1 va 3

g(1)=4-m=0 {m¢4
Suy ra = .
g(3)=36-m=#0  [m=36

Chon A
Puong phan giac ctia goc phan tw thi nhét c6 phuong trinh y = x

1
R e S [ P i o
Tacolim y=lim ——=lim ————=1lim | -, |1+— |=-1= y =-1la tiém can
x

X—>—0 X—>—00 X X—>—0 X X—>—00

xién
1
[ x| 1+
. . x*+1 . | x* . 1 NI A UiA
lim y = lim =lim ————=1lim| ,/1+— |=1=y =1 la tiém can xién
X—>+0 X—>+o0 x X—>+o0 x X—>+0 X

Truonghop 1: y=-1=>x=y=-1=>x+y=-2
Truonghop 2: y=1=>x=y=1=>x+y=2.
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Chii d¢ 5 PO THI CUA HAM SO

\ PAQ* @A ¢

https://facebook.com/duytuan.qna

A.KHAO SAT HAM SO VA DANG PO THI CUA CAC HAM SO
1. SO PO BAI TOAN KHAO SAT VA VE PO THI HAM SO

Buoc 1. Tim tap xac dinh ctia ham s6;
Budc 2. Tinh dao ham y' = f'(x);
Buoc 3. Tim nghiém ctia phuong trinh f'(x)=0;

Buéc 4. Tinh gioi han lim y; lim y va tim tiém can ding, ngang (néu cd);

Budc 5. Lap bang bién thién;

Budc 6. Két luan tinh bién thién va cuc tri (néu cd);

Buc 8. Vé d0 thi.

Buéc 7. Tim cac diém dac biét caa d6 thi (giao véi truc Ox, Oy, cdc diém doi xirng, ...);

~

II. CAC DANG PO THI CUA CAC HAM SO THUONG GAP

1. HAM SO BAC BA y=ax’+bx* +cx+d (a;tO)

TRUONG HOP

a>0

Phwong trinh y' =0 6
2 nghiém phin biét

YA

|

sy

Phuong trinh y' =0 c6
nghiém kép

YA

"y

=Y
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YA YA

Phwong trinh y' =0 6 o

/ 0
2. HAM SO TRUNG PHUONG y =ax* +bx* +¢ (a#0)

TRUONG HOP a>0 <0
YA

"y

nghiém

=Y

YA
Phwong trinh y' =0 6

3 nghiém phin biét
1
1
1 ﬂ /:\

Q
Ry
\
Q
I
2y

vA yA
Phwong trinh y' =0 6 !
1 nghiém. / \ : >
1 o x
1 >»
o x

3. HAM 6 NHAT BIEN y= "2 (¢20, ad—bc 0)
cx+d

D=ad-bc<0
YA

D=ad-bc>0
¥ A

I

i /

1
o)
\ 1

"y

Tong hop cdc chuyén dé luyén thi dai hoc Trang 285



Bién soan: Bui Trin Duy Tudn https://facebook.com/duytuan.qna

1. MOT SO BAI TOAN KHAO SAT HAM SO

Bdi todn 1: Khao sat va vé d6 thi ham s6 y =x° —3x* +2

Loi gidi:
1. Tap xac dinh: D=R
2. Su bién thién:
+ Chiéu bién thién:

y'=3x" —6x Xét y'=0<:>[x
x

Trén cac khoang (—oo;O) va (2;+ ), y'>0 nén ham s6 déng bién
Trén khoang (0 ;2), y'<0 nén ham s& nghich bién
+ Cuc tri :
Ham s6 dat cuc dai tai x=0; y_ = y(O) =2 .Ham s0 dat cuc tifu tai x=2; y = y(Z) =2
+ Céc gioi han tai vo cuc

s}iﬂy=}iﬂx3[1—§+%J:+oo; }Lrgoy:}lg}oxS (1—%+%}:_w.

X ox

+ Bang bién thién:

0 2 400
0 +

4 _w/z\_z/rm

3. D6 thi
x=1

) = d6 thi ham s& qua diém A(l;()).
x°—2x-2=0

Ta co x3—3x2+2=0<:{

Cho x=0= y =2 :D06 thi ham s8 cit Oy tai B(O;Z).

4

e
|V

Luu y: D6 thi ham s& nhan diém I (1 ;O) lam tdm d6i xiing. Hoanh d6 diém1 la nghiém cta

phuong trinh y" =0 (Diém udn)
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Bai todn 2: Khao sat va vé d6 thi ham s y=-x"+3x* -3x+1

Loi gidi:
1.Tap xac dinh: D =R
2. Su bién thién:
+ Chiéu bién thién:
y'=-3x+6x-3=-3(x-1) <OVxeR Xét y' =0 x=1.
Suy ra ham s& nghich bién trén khoang (—oo s oo).

+ Cuec tri : Ham s6 khong c6 cuc tri
+ Cac gidi han tai vo cuc

lim y = lim x° (—1+§—%+i3j =—o0; lim y = lim x° (—1+§—%+l3j = 400,
X—>+00 x>+ X X x x—>—0 x—>—00 X x x
+ Bang bién thién:
x| —oo +00

+
yo Tt —,

3. D0 thi
Ta c6 —x° +3x* -3x+1=0 < x=1=d thi ham s6 qua A(1;0).
Cho x=0=y=1 =D0 thi ham s& cit Oy tai B(0;1) .
Cho x=2= y =-1=D0 thi ham s& qua C(2;-1).

-~

4

Luu y: D6 thi ham s8 nhan diém 1(1;0) lam tam d6i xting.Hoanh d6 diém1 la nghiém ctia

phuong trinh y"=0 (Diém udn).
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Bai todn 3: Khao sat va vé do thi ham s§ y =x° +1

Loi giai:
1.Tap xac dinh: D =R
2. Su bién thién:
+ Chiéu bién thién:
y'=3x">0vVxeR Xét y'=0< x=0.
Suy ra ham s& lun dong bién trén khoang (—oo;+0).

+ Cuec tri : Ham s6 khong c6 cuc tri
+ Cac gidi han tai vo cuc

lim y = lim x° = +00; lim y = lim x° = —o0.

X—>+0 X—>+00 X—>—00 X—>—00

+ Bang bién thién:

3. D6 thi
Tac6 x° =0« x=0 .Vay do thi ham s6 qua O(0;0)

Cho x=1=y =1 :D6 thi ham s& cat Oy tai B(l;l) .Cho x=-1=y=-1 :D6 thi ham s& cat

qua C(—l;—l).
Y

Luu y: D6 thi ham s& nhan diém O(O;O) lam tam ddi xiing. Hoanh d6 diém O la nghiém cua

phuong trinh y" =0 (Diém udn)
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Badi todn 4: Khao sat va vé do thi ham sd x* —2x* -3

Loi giai:
1. Tap xac dinh: D=R
2. Su bién thién:
+ Chiéu bién thién:

y' =4x’ —4x :ébc(x2 —1) Xéty'=0< g
x==1
Trén cac khoang (—1 ; O) va (1; +oo), y' >0 nén ham sd dong bién
Trén cac khoang (—oo ; —1) va (O; 1), y' <0 nén ham s6 nghich bién
+ Cuec tri :
Ham s0 dat cuc dai tai x=0; y_, = y(O) =-3.
Ham s0 dat cuc tiéu tai x=+1; y_, = y(il) =—4

+ Céac gioi han tai vo cuc

lim y = lim x* (1—%—%}2%0.

x° X

+ Bang bién thién

—0o0 -1 0 1 +00
0 + 0 —» 0 +

—+00
y \ -3
3. Do thi

Ta cé x* —2x* -3 =0« x=+1 .Vay d6 thi ham s qua A(l;O), B(—l; O).

Cho x=0= y=-3 :D06 thi ham s8 cAt Oy tai C(O;—3) .Cho x=+2=y =5 : D06 thi ham s6
qua D(-2;5), E(2;5).

Luu y: D6 thi ham sd nhan Oy lam truc d6i xang.

1
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2 4
Bai todn 6: Khao sat va vé do thi ham s6 y =4 —% —%
Loi gidi:

1. Tap xac dinh: D =R
2. Su bién thién:

+ Chiéu bién thién:
3 2
Y :—x—%:—x(1+%J Xét y'=0< x=0.

Trén céc khoang (-;0), y'>0 nén ham s6 dong bién
Trén cac khoang (O S+ oo), y' <0 nén ham s6 nghich bién
+ Cuec tri :
Ham s6 dat cuc dai tai x=0; y_ = y(O) =-3.
Ham s6 khong c6 cuc tiéu
+ Céac gioi han tai vo cuc

lim y = lim x* (—1—L—Lj:—oo.

X—>+00 x—>too

+Bang bién thién:

—0 0 +00
' + 0 -
y —w/4 \—w
3. Do thi
Cho x=12=y =0 :D06 thi ham qua C(—2; O), D(Z; 0)
y
4

-2 I (0]

Luu y: D6 thi ham s6 nhan Oy lam truc d6i xting.
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x+1
x—1

Bai todn 7: Khao sat va vé do thi ham s6

Loi gidi:
1. Tap xac dinh: D =R\ {1}
2. Su bién thién:
+ Chiéu bién thién:
y'= ( =2 ~ .Ta thdy y' khong xac dinh khi x=1; y' luén am véi moi x #1
x—1

Vay ham s& nghich bién trén cac khoang (1 s oo) va (—oo ; 1).
+ Cuec tri :

Ham s6 khong c6 cuec tri
+ Tiém can

limy = limi—j =1. Vay duong thang y =1 1a tiém can ngang

x—>too

limy =lim xrl_ +o0; limy =lim Xl —0, Vay duong thang x =1 1a tiém can ngang

T =1 x — ol -1 x—1

+ Bang bién thién:

y p— p—

m\l

1
\_w
3. Do thi

D6 thi cit truc tung tai diém A(O ;— 1) va cit truc hoanh tai diém B(—l ;O) (Hinh vé)

oA
I;_____\_______T___i ___________ |
2 \Q Tl >

Luu y : Giao diém [ (1 ;1) cua hai tiém cén la tdm d6i xtiing ctia d6 thi
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B. MOT SO PHEP BIEN POI PO THI

Cho ham s8 y = f(x) c6 d6 thi (C) véisS a>0 ta co:

Ham s8 y = f(x)+a 6 d6 thi (C') 1a tinh tién (C) theo phwong ctia Oy 1én trén a don vi.

Ham s8 y = f(x)—a ¢6 d6 thi (C') 1a tinh tién (C) theo phwong ctia Oy xudng dwdi a don

Vi.

Ham s8 y = f(x+a) c6 d6 thi (C') 1a tinh tién (C) theo phwong ctia Ox qua trai a don vi.

Ham s6 y = f(z —a) c6 d6 thi (C’) 1a tinh tién (C) theo phuong ciia Ox qua phéi a don vi.

Ham s8 y=—f(x) ¢6 d6 thi (C’) 1a d6i xting ctia (C) qua truc Ox.

Ham s6 y = f(-x) 6 db thi (¢’) 1a d6i xting cta (C) qua truc Oy .

Twr d6 thi (C):y = f(x) suy ra do thi (C'):y = f(|x|)
) ~ ~ f(x) khi x>0
Tacd  y=f([x]) _{f(—x) khi x <0
va y= f(|x|) 1a ham chdn nén d6 thi (C') nhan Oy lam truc d6i xtng,.
* Cach vé (C') tix (C):
+ Giit nguyén phan do thj bén phai Oy cta d6 thi (C):y = f(x).
+ B6 phan db thi bén trai Oy cua (C), 14y ddi xttng phan do thi duwoc giik qua Oy.
Vi du: ot
Tir d6 thi (C):y = f(x)=x"—3x suy ra do thi /\

- T
(C)y—|x| _3|x|' _ZX‘/ (C);y:x3—3x

Ta co:
T x° —3x khi x>0
= — = YA
4 |x| |x| —x3+3x:—(x3—3x) khi x <0
Cach vé do thi (C'): 1o

+ B0 phan d6 thi cua (C ) bén trdi Oy, gitt

nguyén (C ) bén phai Oy.

+ Ldy d6i xting phan db6 thi duoc gitt qua Oy .
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Noéidung: Taco: y= ‘f(x)‘ :{

* Cach vé (C') tx (C):

Twr d6 thi (C):y = f(x) suy ra do thi (C'):y:|f(x)|.

f(x)  khi f(x)=0
—f(x) khi f(x)<0

+ Giit nguyén phan d6 thi phia trén Ox ctaa d6 thi (C):y = f (x) .
+ B4 phan db thi phia dudi Ox cta (C), 14y ddi xtimg phan d6 thi bi bé qua Ox.

Vi du:

Tir d6 thi (C):y = f(x)=x"—3x suy ra do
thi (C'): y=|x*-34.

Cach vé do thi (C'):

+ B0 phan db thj cua (C) dudi Ox, gitr
nguyen (C ) phia trén Ox.

+ Ldy ddi xting phan d6 thi bi bo qua Ox .

s
-1

(C):y=x"-3x

(C):y =‘x3 —3x‘

Chii § v6i dang: y =|f(|x]) ta Tan lwot bién d&i 2 dd thi y = £ (|x|) va y =|f(x)

Vi du: Tr d6 thi (C):y = f(x)=x"-3x suyra

do thi y = |x|3 —3|x| .

Bién doi (C’) Y= |x|3 —3|x| ta dwoc d06 thi

(C")sy =]+l -3}

Bién doi (C) dé dwoc d6 thi (C’) Y= |x|3 —3|x| )
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Tt d6 thi ( ) ( ) (x) suy ra do thi (C

Taco: y= | | x) {uszl)v(()) (x)

* Cach vé (C') tix (C):

y=[u(x)]0().

khi u(x)ZO
(x) khi u(x) <0

+ Giir nguyén phan do thi trén mién u(x) >0 cta do thi (C) Y= f(x)
+ Bo phan d6 thi trén mién u(x) <0 cua (C), 14y déi xing phin do thi bj b6 qua Ox.

Vi du
a) Tir d6 thi (C):y = f(x)=2x°-3x +1 suy
ra do thi (C’):y=|x—1|(2x2—x—1)

y=|x—1|(2x2 —x—1)={f(x) khl.XZ1
—f(x) khix <1
Db thi (C'):
+ Gitt nguyeén (C) voi x>1.
+Bo (C) v6i x <1. Lay doi xieng phiin do thi
bi bé qua Ox.

(©) YA

=

/ \
/ \
N \
/ N -
>
hYe 1
1
!
I
1
I

Nhan xét: Trong qua trinh thiec hién phép suy

©

d6 thi nén ldy doi xitng cdc diéim dic biét cha
(C): giao diém véi Ox, Oy, Cb, CT...

b) Tt d6 thi (C):y = f( )=—1 suy ra d6

thi (C) |xx1|
) x o khixe(1;+oo)'
|x—1| X khixe(—oo;l)
x—1
D6 thi (C):

+ B0 phan d6 thi cua (C) véi x<1, gite
nguyen (C) voi x>1.
+ L&y ddi ximg phan d6 thi bi bo qua Ox.

YA

=y

Nhén xét: D61 v6i ham phéan thic thi nén
1y 461 xirng cdc dwong tiém cin d€ thuc hién
phép suy d6 thi mét cach twong ddi chinh

Xac.
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C. BAI TAP TRAC NGHIEM
1. DE BAI

x—2

Ciul. Hams6 y= c6 do thi 1a hinh vé nao sau day? Hay chon cau tra 10i dang.

x—1

.
~
.
kN
=]
=]
(N 3 S S s

A

[ S

Cau2. Ham 56y22+2

—————————

w
e

D S

Cau 3. Duong cong trong hinh bén la d6 thi ctia m¢t ham s6 trong bon ham s duwgc liét ké &

bdn phuong an A, B, C, D dudi day. Hoi ham s6 d6 1a ham sé nao?
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_2x+5
x+1

_ 2x+1

Cy=x*-x*+1. D. )
y=x o Y x+1

A.y=x>+3x>+1. B.y

Ciu4. Duong cong trong hinh bén la d6 thi cia mot ham sd trong bén ham s duoc liét ké &

bdn phuong an A, B, C, D dudi day. Hoi ham s6 d6 1a ham sé nao?

2x-1 B :2x+1 C :2x+1 1-2x

A y= . . . . . D. y=
Y x+1 4 x—1 Y x+1 4

x-1"
Ciau5. Bang bién thién trong hinh dwdi 1a d6 thi cia mét ham s6 trong bén ham s6 dwoc liét

ké & bon phwong an A, B, C, D dwéi day. Hoi ham s8 d6 1a ham sé nao?

X | —0 1 +00
V' - -
-1 +00
—00 -1
x+3 -x-2 -x+3 -x-3
A y= . B. y= . Cy= . D.y= .
Y x-1 Y x-1 Y x-1 Y x-1
A N 3x+2 ., P i 3a I
Cau6. Hamso y= T bang bién thién nao duwdi day. Chon dap an dung?
x —

X | —oo 1 +00

V' - -
A. 3 +0

v \ \

-0 3

X | —oo -5 +o0

v‘/" - -
B +0o0 +o0

y \ \

—00 —Q0
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Cau 8.

Cau 9.

X | —oo 1 +o0
Yy ' - -
C +o0 +o0
y \ \
—00 —00
X | —o =5 +o0
/V' - -
D. 3 +00
y \ \
0 3

A.D6 thi ham s6 ¢6 tiém can ding x =-1, tiém can ngang y =2.

B. Ham s8 dong bién trong khoang (—o0;-1) va (-1;+w0).

C. D06 thi ham s6 c6 hai tiém can.

D.Ham s0 c6 hai cuec tri.

Cho d6 thi ham s6 y = f (x) nhw hinh bén. Khéng dinh nao sau day la dting?

A.D6 thi ham s6 ¢6 tiém can ding x =-1, tiém can ngang y =2.

B. Ham s& nghich bién trong khoang (—0; 1) va (~1;+w).

C. Ham s0 c6 hai cuec tri.

D.Ham s6 dong bién trong khoang (—oo; +0).

Cho d6 thi ham s6 y = f (x) nhw hinh bén. Khang dinh nao sau day la dting?
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yA

A. D6 thi ham s& chi c6 mot tiém can.
B. D6 thi ham s8 ¢ tiém can ding x =0, tiém cdn ngang y=1.
C. Ham s0 c6 hai cuec tri.
D.Ham s6 dong bién trong khoang (—o0;0) va (0;+w).
Cau10. Chohams8 y = f(x) c6 bang bién thién sau. Khang dinh nao sau day la ding?

X | —o 1 +o0

—1 +00

v \ \

—0 -1

A.D6 thi ham s6 ¢6 tiém can ding x =1, tiém can ngang y =-1.
B. D6 thi ham s6 ¢4 tiém can ding x =-1, tiém can ngang y =1.
C. Db thi ham s6 ¢6 hai duong tiém can dung.
D.D6 thi ham s8 ¢é hai dwong tiém can ngang.
Ciu 11. DPuong cong trong hinh bén la d6 thi cia mot ham sé trong bén ham s duoc liét ké &
bdn phuong an A, B, C, D dudi day. Hoi ham s6 d6 la ham sé nao ?
? A

A.y=x"-3x*+1. B.y=x"+2x". C.y=x"-2x" D.y=-x"-2x".
Cau 12. DPuong cong trong hinh bén la d6 thi cia m¢t ham s6 trong bon ham s dwoc liét ké &

bdén phuong an A, B, C, D dudi day. Hoi ham s6 d6 1a ham s6 nao ?
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/.

=Y

A.y=x'-2x+1. B.y=x'-2x"+1. C.y=x'-3x"+1. D.y=-x"-2x"+1.
Ciu 13. DPuong cong trong hinh bén la d6 thi cia mot ham sé trong bén ham s duwoc liét ké &
bdn phuong an A, B, C, D dudi day. Hoi ham s6 d6 la ham sé nao ?

°

yA

=Y

'
_

A y=x"-3x"+1. B. y=x'-2x"+1.
C.y=-x"+2x"+1. D.y=-x"-2x"+1.

Ciu 14. Duong cong trong hinh bén la d6 thi cia mot ham sé trong bén ham s dwoc liét ké &
bdn phuong an A, B, C, D dudi day. Hoi ham s6 d6 la ham sd nao ?

yA

A.y=x"+3x"+1. B.y=x'-2x"+1. C.y=x"-3x"+1. D.y=-x"+2x"+1.
Cau15. Cho ham s8 y = f(x) c6 d6 thi (C) nhw hinh vé. Chon khéng dinh ding vé ham sd
f(x)
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A.Ham s8 f(x) c6 diém cuc dai 1a (0; 1) .
B. Ham s6 f(x) c6 diém cuc tiéu lé(O; 1) )
C.Ham s8 f(x) c6ba diém cuyc tri.
D.Ham s6 f(x) c6 ba gid tri cuec tri.

Cau16. Chohamsd y= f(x) c6 d6 thi (C) nhw hinh vé&. Chon khéng dinh sai vé ham s& f(x)

°

=Y

A.Ham s8 f(x) tiép xtic véi Ox.
B.Ham s8 f(x) dong bién trén (-1; 0).
C.Ham s8 f(x) nghich bién trén (—o0;—1).
D. D6 thi ham s6 f(x) c6 tiém can ngang 1a y =0.
Ciau17. Chohams8 y= f(x) c6 d6 thi (C) nhw hinh vé. Chon khéng dinh sai vé ham s f(x)

A

=Y

A.Ham s8 f(x) c6ba cyc tri.
B. Ham s8 f(x) c6 gid tri 16n nhatla 2 khi x=1.
C.Ham s8 f(x) c6 gid tri nho nhatla 1 khi x=0.
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D. lim f(x) = —w.

x—>too

Céau 18. DO thi cia ham s8 y = x* —2x”* -1 1a d6 thi nao trong cac d6 thi sau day?

! y

A ]

3

2 12

1 11

A. B
4 3 »2\.'1/011 2 3 4 1 |2

-2

-3

-4

y Y
4 4
3 3
2 2
1 1

C D.
4321\0112341 432111234T

&) 2
3 -3
4 4

Cau19. Chohamsé (C):y=x*+2x* —1.D0 thi ham s& (C) 1a &6 thi nao trong cac do thi sau?

Yy Yy
4 4
3 3
2 2
A. ' B. '
4 -3 -2 »1\Y1 2 3 4 r 4 -3 -2\j/01 2 3 4 K
1 -1
-2 -2
3 3
4 -4
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y y
4 4
3 3
2 2

C ’ D. '

4 3 2 a1 |01 2 3 4 z 4 -3 -2 LOI 2 3 4 z

-1 <l
-2 -2
3 -3
4 4

Cau 20. DO thi cia ham s8 y =-3x* —6x” +1 1a d6 thi nao trong céc do thi sau day?

yh y
4 4
3 3
2 2
1 1
A. B

Ciu 21. Bang bién thién sau day la cia mét trong 4 ham s6 dwgc liét ké dwdi day. Hoi d6 1a
ham s6 nao?

X | —© 0 +00
' + 0 - +
Cb +00
—0 CT
A y=-x"-3x"+2. B. y=x"-3x"+2.
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C.y=x"+3x"-2. D. y=-x"+3x>+2.
Cau 22. Bang bién thién sau day la cua mot trong 4 ham s dwoc liét ké duwdi day. Hoi d6 1a ham
sO nao?
x |- +00
y + 0 +
+00
y /
—00
A. y=-x"-3x"-3x. B. y=-x"+3x"-3x.
C.y=x"+3x"-3x D. y=x"-3x"+3x.
Cau 23. Bang bién thién sau day la cua mot trong 4 ham s dwoc liét ké duwdi day. Hoi d6 1a ham
sO nao?
x | —© +00
y - 0 + 0 —~
+00 3
y \ / \
-1 —o0
A y=x"+3x"-1. B.y=x"-3x"-1.
C.y=—x"+3x"-1. D. y=-x"-3x"-1.
Cau 24. D06 thi ham s6 y = x> —3x+2 1a hinh nao trong 4 hinh duéi day?
YA | yA
4 4
3
2
1
y 0 X 0\ . -
1 12 7 1 ~
1
A. Hinh 1. B. Hinh 2.
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yA \

yA

\ £

\ £

-4

C. Hinh 3. D. Hinh 4.
Cau 25. D06 thi ham s6 y =ax" +bx” + ¢ ¢6 dang:
! yA | ! (57
3
1
1 1
o 3
0 0 ;
_l 1
A. Hinh 1. B. Hinh 2.
! yA T | vA
1 2
/ 0 >
1
>
0
C. Hinh 3.

D. Hinh 4.
Ciu 26. Duong cong trong hinh bén duéi 1a d6 thi cia mot ham s6 trong bdn ham sé dwoc

liét ké 6 bon phuong an A, B, C, D dudi day. Hoi ham s d6 la ham s nao?

Tong hop cdc chuyén dé luyén thi dai hoc

Trang 304



Bién soan: Bui Trin Duy Tudn

https://facebook.com/duytuan.qna

A. y=x-3x.
C.y=-x"+3x.
Cau 27. Duong cong trong hinh bén dudi

B. y=—x"+3x-1.
D.y=x"-x"+1.

la d6 thi cia mot ham s6 trong bon ham sd duoc

liét ké 6 bon phuong an A, B, C, D dudi day. Hoi ham s d6 la ham s6 nao?

A. y=x"-3x+1.
C.y=—x"+x-1.

¥

B. y=-x"+3x+1.
D. y=x'-x"+1.

Cau 28. Duong cong trong hinh bén dudi la d6 thi cia mét ham s6 trong bon ham s6 duwoc

liét ké 6 bon phuong an A, B, C, D dudi day. Hoi ham s d6 la ham s nao?

yA

2

\

A. y=—x"+3x-1.
C.y=x'-x"+1.

0 >
1 »
-2
B. y=-x"+3x.
D. y=x"-3x.

Cau 29.

Puong cong trong hinh bén duéi 1a d6 thi cia mot ham s6 trong bon ham s6 dwoc

liét ké 6 bon phuong an A, B, C, D dudi day. Hoi ham s d6 la ham s6 nao?
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YA

A y=x"-3x+1. B. y=—x"+3x"+1.
C.y=x"-3x"+3x+1.

D.y=-x"-3x"-1.
Cau 30. Chohamsd y= f(x) c6bang bién thién sau. Db thi nao thé hién ham s8 y = f(x)?

X —0 -1 1 +00
Y + 0 — 0 +
2 +00
y / \ /
—00 -2
T Ay A
4
2
2
o 1 X
A. 1 > B.
0 X
-1 1 2 g
2
I YA
2
C. D. e >

Cau31. Xacdinh a,b d&ham s§ y="2"1

., c6 d6 thi nhu hinh vé bén. Chon dap an dung?
X+
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A.a=1b=-1. B.a=1,b=1.

A ;e N o ax—1
Cau 32. Xacdinh a,b,c déhamso y=

bx+c

A

Ca=-1,b=1. D.a=-1,b=-1.

c6 d6 thi nhu hinh vé bén. Chon dap an dung?

A.a=2,b=-1,c=1.
Ca=2,b=2,c=-1.

e

B.a=2,b=1,c=1.
D.a=2,b=1,c=-1.

Ciu 33. Chohamsg y= ax—; o tiém can ding x =1, tiém can ngang y =2 va di qua diém.
cx +
U - £ SOV T
Lucdéhamso y = y la ham s6 nao trong bon ham s6 sau:
cx +
A.y:—_3.2x+1' B.y:2x—1' :—2x—1. D.y:2x—1.
5 x-1 1-x -x+1 x—1
Cau 34. Bang bién thién ¢ hinh bén dudi la bang bién thién cia mdt trong bén ham s6 6 cac
dap an A, B, C, D. Ham s6 d6 la ham sd nao?
X | —© 1 +00
2 +00
) \ \
—00 2
2x-1 2x-3 x+1 2x—5
A y= . B.y= . = . TES
Y x—1 Y x-1 Y 2x -1 Y x+1
Cau 35. Cho d0 thj ham s§ y = f(x) hinh bén. Khing dinh nao dung?
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A. D6 thi ham s6 ¢ tiém can ding x =1, tiém can ngang y =-1.

B. Ham s6 nghich bién trén cac khoang (—oo; —1) va (—1; +oo).

C. Ham s6 dong bién trén céc khoang (—oo;—1) va (—1;+).

D. Ham s6 c6 mot cuc dai va mot cuc tiéu.
Cau 36. Choham s8 y = f(x) ¢ bang bién thién dudi day.

X —o0 -1 0 +00
Y - +
-1 +00 1
y \ \ /
—00 0

Khang dinh nao sau day va khang dinh dting?

A.D6 thi ham s6 ¢6 3 duong tiém can.

B. Ham s6 nghich bién trén cac khoang (—oo;O) va (0; +oo) .

C. D06 thi ham s6 khong co tiém can.

D.Ham s c6 gia tri 16n nhat bang 1 va gia trj nhd nhat bang 0.

Cau 37. DO thi cia ham s8 y = |x* —2x? —1| 1a d6 thi nao trong cac d6 thi sau

y

h

}v Jt

=Y
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Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

y A

=Y
=Y

o 0

Gia st d6 thi ctia ham s8 y =x* —2x* -1 1a (C), khi tinh tién (C) theo Ox qua trai 1
don vi thi sé duoc d6 thi cia mot ham s6 trong 4 ham s duoc liét ké & bon phuwong an

A, B, C, D dwdi day. Hoi ham s& d6 la ham sd nao?

Ay=x'-2x B.y=(x-1) -2(x-1) -1.
Cy=x'-2x>-2. D.y=(x+1) —2(x+1) -1.

Gia stt d6 thi ciaham s8 y = x* —2x? ~1 1a (C), khi tinh tién (C) theo Oy 1én trén 1 don
vi thi sé duoc d6 thi cia ham so6

A.y=x"-2x% B. y=x"-2x"-2.

Cy=(x-1)'-2(x-1) -1. D.y=(x+1) ~2(x+1) 1.

Gia str @6 thi caa ham s§ y = f(x) 1a (C), khi tinh tién (C) theo Oy xudng dudi 1 don
vi thi sé duoc do thi cia ham so:

A.y=f(x)-1. B.y=f(x-1).  Cy=f(x)+1.  D.y=f(x+1).

Gia stt d6 thi ciaham s8 y = f(x) la (C), khi tinh tién (C) theo Ox qua phai 1 don vi
thi sé duwoc d6 thi cia ham so:

A.y=f(x)+1. B.y=f(x+1). C.yzf(x—l). D.yzf(x)—l.

Cho ham s6 y = f(x) xac dinh, lién tuc trén R va c6 bang bién thién:

x | —oo 1 3 +00
- 0

!

y
Yy

NS

Khang dinh nao sau day dung?

A. Ham s8 ¢6 mot cuc dai bang 0 va c6 mot cuc tiéu bang —4.
B. Ham s6 ¢6 gid tri 16n nhat bang 0 va gia tri nho nhat bang —4-.
C. Ham s0 ¢ gia tri cuc tiéu b:fmg 3 va gia tri cyc dai b;?mg 1.

D. Ham s0 dat cuc tiéu tai x =1 va dat cuc dai tai x=3.
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.x - 2 7 VN . \ A \ ~ A N Y ? .7 . 2
c6 d6 thi ham s6 nhu hinh vé bén. Tim tat ca gia tri thiee cua

Ciu43. Chohamso y=
x+1

tham s6 m d€ phuwong trinh H|x||_+2‘ =m cb ding hai nghiém phan biét.
X

Ay

/

A.[12]ufo}. B.[0;2).  C.[12)u{o0}. D. [12).
Cau 44. Cho d6 thi ham sd bac ba y = f(x) nhu hinh sau. Chon déap an dung?
! Ay
2
o 1 X

A. Phuong trinh f"(x)=0 cé nghiémla x=0.
B. Ham s6 dong bién trén doan (-2;1) va (1;2).
C. Ham s0 khong ¢ cuc tri.

D. Ham s6 cé hé sd a<0.

Cau 45. Choham s8 y = f(x) c6 d6 thi nhuw hinh vé bén. Nhan xét nao sau day la sai ?

° yA

[ |

A. Ham s6 dat cuc tri tai cdc diém x=0va x=1.
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B. Ham s6 dong bién trén khoang (—oo;S) va (1;+0).
C. Ham s6 dong bién trén khoang (—oo;O) va (1; +oo) .
D. Ham sd nghich bién trén khoang (0;1).

2x-2
x+1

Cau 46. Biét d6 thi hamsdy = 1a hinh vé sau:

D6 thi ham s6 y =

la hinh vé nao trong 4 hinh vé sau:

X+

) *

>
i °
L o
K
=N

mx+1

Cau47. Chohamsd y= . Cac d6 thi nao dwdi day cé thé 1a do thi biéu dién ham s6 da

X+m
cho? Hay chon dap an sai?
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1Ay T i Ay T i Ay

A s
2t f Jooq x
Hinh (I) Hinh (II) Hinh (III)
A. Hinh (I) va (Il). ~ B. Hinh (III). C. Hinh (I). D. Hinh (II).
Cau 48. Chohamsd y = f(x) c6 bang bién thién dudi day:
X | —o0 -1 0 +00
y - - +
_1 +00 1
* 00 0
Ham s6 y = f(x) c6 bang bién thién trén la ham s& nao dudi day:
1 x |x|
A y= . B.y=|x|(x+1). Cy=r——m. D.y=—-.
Y x(x+1) Y | |( ) Y |x+1| Y x+1
. O e TN o
Cau 49. D6 thihamso y = 71 la hinh vé nao trong cac hinh vé sau:
x [—
I yA T yA
A. 1 OB LT
I__//-l\ : 1 ; .\ AI >
| L x
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o

A

C. . D
! i
[— 2 — ~
Ciu 50. Chohamsd y= lll Céc db thi nao dudi day c6 the 1a do thi biéu didn ham s&
X+
da cho?

Hinh (I) Hinh (II) Hinh (III)
A.Hinh (I) va (I).  B. Hinh (). C. Hinh (I) va (IlI). D.Hinh (III).
Cau51. Chohamsd y =x* —(m2 +1)x2 +3. D6 thi nao dudi day c6 thé 1a d6 thi ctia ham s8 da
cho?
Yy Y
2 2
A. 1 B '
4321(_)11234” -43210112347
-2 2
3 3
4 4
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Y Y
4 4
3
2 2
1 1
C D.
432\/101)\/234’ 4321011234’”
-2 2
3 -3
4 -4

Ciu 52. Giasttham s6 y = ax* + bx” + ¢ c6 d6 thi 1a hinh bén duéi. Khang dinh nao sau day la

khang dinh dung?

Y

4

3

2

4 3 -2 -1 (01 2 3 4 7

-1

-2

-3

-4
A.a<0,b>0,c=1. B.a>0,b>0,c=1.
C.a>0,b<0,c=1. D.a>0,b>0,¢c>0.

Cau 53. Gia sitham s6 y =ax* +bx” + ¢ cd d6 thi nhu hinh vé. Khi dé:

Y

A.a>0,b>0,c>0. B.a>0,b>0,c=0.
C.a<0,b<0,c=0. D.a>0,b<0,c=0.

Cau 54. Giasttham s8 y =ax* +bx* +ccd d6 thi nhw hinh vé. Khi d6
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A.a>0,b<0,c>0. B.a>0,b>0,¢c>0.C.a<0,b>0,¢c>0. D.a<0,b>0.
Cau55. Chohamsd y=x*+bx* +c c6 d6 thi (C). Chon khang dinh dting nhat:

A. Db thi (C) c6 it nhat mot diém cuc dai.

B. Db thi (C) ¢6 dung mét diém cuc tiéu.

C. Db thi (C) c6 it nhat mot diém cuc tiéu.

D. D6 thi (C) ¢ dung mot diém cuc dai.
Cau 56. Cho ham s bac 3 co dang: y= f(x)=ax’ +bx* +cx+d.

! Ay A ! ‘ yA
2 2
o 1 X -1 ‘
1 0 1
-2
-2
@) (10
° y § ° yA
1
2
>
0]
1
>
-1 (0] 1\
(110 av)

Hay chon dap an dang?
A. D6 thi (IV) xay rakhi a>0 va f'(x)=0 c6 nghiém kép.
B. D6 thi (II) xay rakhi a#0 va f'(x) =0 c6 hai nghiém phéan biét.
C. D0 thi (I) xay rakhi a<0 va f'(x) =0 c6 hai nghiém phan biét.
D. D6 thi (II) xay ra khi >0 va f'(x)=0 vd nghiém.
Céu 57. Cho ham s§ y =x"—6x” +9x c6 d6 thi nhu Hinh 1. D6 thi Hinh 2 1a ctia ham s6 nao
duwdi day?
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! yA | I 7.

4 4

of T
\ Ao
————
\ ko

1 2
1 3 -2 |01 2 3

Hinh 1 Hinh 2
A. y=|x|3+6|x|2+9|x|. B. y=|x|3—6x2+9|x|.
C. y=‘x3—6x2+9x‘. D. y=-x"+6x"-9x.

Cau 58. Cho ham s y=x>+3x>—2 ¢4 d6 thi nhu Hinh 1. D6 thi Hinh 2 1a ctia ham s nao

dwdi day?
! yA I yA
2
2
5 -\ Jo]; >
\V, LV
2 ° °
Hinh 1 Hinh 2
A y=—x>-3x*+2. B. yz‘x‘3+3‘x‘2—2.
C.y:‘x‘3+3x2—2‘. D.yz‘x3+3x2—2‘.

Ciu 59. Puong cong trong hinh bén 1a d6 thi cia mot ham s6 trong bon ham s& dwoc liét ké &
bdn phuong an A, B, C, D duwdi day. Hoi ham s6 d6 la ham sé nao ?

I yA

A y= . B. y=|x|3—2x2+3|x|.

lx3 —2x% +3x
3

C. y=‘x3—2x2+3x‘. D. y:%|x|3—2x2+3|x|.
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Cau 60. Puong cong trong hinh bén la d6 thi ctia m¢t ham s6 trong bon ham s duwgc liét ké &

bdén phuong an A, B, C, D dudi day. Hoi ham s6 d6 1a ham s6 nao ?

‘»2

°

A. yz‘x3‘—3|x|. B. y=‘x3+3x‘. C. y=|x|3+3|x|. D. y=‘x3—3x‘.
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II. DAP AN VA HUONG DAN GIAI

1A 2A 3B 4A 5C 6A 7D 8A 9B 10A
11C 12D 13C 14A 15C 16D 17A 18A 19A 20A
21B 22D 23C 24A 25A 26A 27A 28B 29C 30A
31B 32D 33B 34A 35C 36A 37A 38D 39A 40A
41C 42A 43A 44A 45B 46A 47D 48D 49D 50B
51A 52C 53B 54D 55C 56D 57B 58D 59A 60A

Caul. ChonA.
x—2
x-1

Ham s6 y = c6 tiém can ding x =1. Tiém can ngang y =1 nén loai treong hop
D.
D6 thi ham s6 y = x== _i di qua diém (0;2) nén chon dap an A.

x —
[Phwong phap tric nghiém]
w3
dx\x-1

b6 thiham s6 y =

X _i dong bién trén tap xac dinh, loai B, D.

R suy raham sd y =
w10 81 X=

ad _i di qua diém (0;2) nén chon dap an A.

x —
Cau 2. Chon A.

X in A4 A A A . oac s
c6 tiém can ding x =-2. Tiém can ngang y =2 nén loai dap an B,

Ham s6 y = 5
+x

D.

D6 thi ham s6 y = 22+ 2x di qua diém (=3;4) nén chon dap an A.
+x

[Phwong phap tric nghiém]
d(2+2x
E( 2+x
Stt dung chitc nang CALC ctia may tinh: x =1 nén chon dap an A.
Cau 3. ChonB.

doéng bién trén tap xac dinh, loai D.

j ~0,2>0 suyrahém56y22+2x
x=1 2+ x

ax+b

Nhin vao do6 thi ta thdy ngay day la ham cé dang y = nén loai dap an A, C.

cx+d

Ham s6 y = 2x+1
x+1

Ham s6 y = 2x +15
X+

c6 ab—bc=1>0 nén loai dap an D.

c6 ad—bc =-3<0 nén chon dap an B.

Cau4. Chon A.
Nhin vao d6 thi ta thdy ngay tiém can ding x =-1, tiém can ngang y =2. Loai B, D.
Db thi ham s8 di qua diém (0;-1).
_2x+1
x+1

khi x=0=y=1. Loai dap an B.
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Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 1e6.

_2x-1
x+1
Chon C.

Nhin vao bang bién thién ta thdy ngay tiém can ding x =1, tiém can ngang y =-1.

khi x=0= y=-1. Chon dap an A.

suy ra loai dap an A.

Nhin vao bang bién thién, ham s8 nghich bién trén cac khoang (—o0;1) va (1;+w).

y= "“12 c6 ad—bc=3>0. Loai d4p 4n B. y = ‘x‘13 c6 ad—bc=4>0. Loai ddp én D.

x— xX—
Y= ‘“13 c6 ad—be =2 <0. Chon d4p 4n C.

x —
Chon A.

N 3x+2 L A A
Ham s6 y = 1 c6 tiém can ding x =1 tiém can ngang y =3
x —
Chon D.
o N AR 1S T o ax+b .o .
Nhin vao ta thay day la ham s6 c6 dang y = y nén khong c6 cuc tri.
ox +

Chon A.

Nhin vao ta thay d6 thi c6 tiém can ding x =-1 tiém can ngang y=2.

Chon B.

Nhin vao ta thay do thi c6 tiém can ding x =0 tiém can ngang y =1

Chon A.

Nhin vao bang bién thién ta thay d6 thi co tiém can dung x =1 tiém can ngang y =-1
Chon C.

Tt d6 thi va dap 4n suy ra day la ham sd bac 4 trung phuwong: y = ax* +bx* +¢ (a#0)
c6 3 cuctrinén a>0,b<0. Do ddloai B, D. Do d6 thi qua O(0;0)nén ¢ =0 loai A.
Chon D.

Ttr d6 thi va dap én suy ra day la ham s bac 4 trung phuong: x ¢6 1 cuc tri va huéng
xudng nén a<0,b<0 nén loai A, B, C.

Chon C.

Ttr d6 thi va dép én suy ra day la ham s bac 4 trung phuong: i’ ¢6 3 cuc tri va huéng
xudng nén a<0,b>0 nénloai A, B, D.

Chon A.

Ttr d6 thi va dép én suy ra day la ham sd bac 4 trung phuong: + ¢4 1 cuc tri va hudng
lénnén a>0,b>0 nénloai B, C, D.

Chon C.

Ttr d6 thi suy ra ham s6 dat cuc dai tai x=0 va dat cuc tiéu tai x =+£1 nén loai A, B, D
Chon D.

Ttr 46 thi ta suy ra cac tinh chat ctia ham s6:

1. Ham s6 dat CD tai x=0 va dat CT tai x==1.

2. Ham s tang trén (=1;0) va (1;+o0).
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Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

3. Ham s& giam trén (—o0;-1) va (0;1).

4. Ham s6 khong c6 tiém can.

Chon C.

Ttr d6 thi suy ra:

1. Ham sO dat CD tai x =+1, dat CT tai x=0.

2. Ham s6 khong c6 GTNN vi lim f(x) =~ va GTLN ctia ham s§ la 2 khi x=+1.

Chon A.

Ham s6 qua (0;-1)do dé loai B, C. Do a >0 nén d6 thi hudng 1én suy ra dap an A.
Chon A.

Hudng dan giai:

Do a >0, b>0nén ham sd chi c6 1 cuc tiéu, suy ra loai B

Ham s6 qua (1; 2) nén loai C, D.

Chon B.

Do a<0,b<0nén d6 thi huéng xudng va chi c6 1 cuc tri nén loai B, D.

Ham s6 qua (0;1) nén loai C.

Chon B.

Dua vao bang bién thién ta thay hé s6 a4 >0 nén ta loai phwong an AvaD va y'=0 c6
hai nghiém la x =0 hoac x =2 nén chi c6 phwong an B la pht hop.

Chon D.

Dua vao bang bién thién ta thdy hé s6 a4 >0 nén ta loai phwong an A vaBva y'=0 co
nghiém kép la x =1 nén chi c6 phuong an D la phtu hop.

Chon C.

Dua vao bang bién thién ta thdy hé s6 4 <0 nén ta loai phuong an A vaB y'=0 c6 hai
nghiém la x =0 hodc x =2 nén chi c6 phrong an C la pht hop.

Chon A.

béy khi x=0 thi y =2 nén loai ca ba phuong an B, C va D.

Chon A.

Péy khi x=0 thi y =1 nén loai ca ba phuwong an D, y'=0 c6 hainghiémla x=0; x=1
vavoi x =1 thi y =-1 nén chi c6 phuong an A la phu hop.

Chon A.

béy khi x =0 thi y =0 nén loai phwong an D.

Dua vao do thi, thdy day 1a d6 thi cia ham bac ba ¢ hé s6 a >0 nén loai hai phuong
anBva C.

Chon A.

Péy khi x=0 thi y =1 nén loai phuong an D.

Dua vao do thi, thdy day 1a d6 thi cia ham bac ba cé hé s6 a >0 nén loai hai phuong
anBvaC.

Chon B.
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béy khi x=0 thi y =0 nén loai ca hai phuong an A, C.
Dua vao do thi, thdy day 1a d6 thi cia ham bac ba ¢6 hé s6 4 <0 nén loai phuong an
D.

Cau 29. Chon C.
D&y khi 2 thi (=1;4),(1;4) nén loai ca ba phuong én D.
Dua vao db thi, ta thay day la d6 thi ctia ham bac ba c6 hé s§ y = x° +3x? —2 nén loai
phuong an B.
Mot dit kién nita la d6 thi di qua di€ém 1 nén loai luén phuwong an A.

Cau 30. Chon A.
Dua vao bang bién thién ta thdy ham s6 diém cuc dai cua d6 thi ham sd la (-1;2),
diém cuc tiéu 1a (1;-2) nén loai ba phuwong an B, C, D.

Cau 31. Chon B.

Dua vao do thj, ta c6 tiém can ding x =-1, tiém can ngang y =1 (1)

ax-1

D6 thi ham s6 y = cd tiém can ding x =-b, tiém can ngang y =4 (2)

x+b
T (l)va2)suyra: a=1,b=1.

Cau 32. Chon D.
Dua vao do thi, ta ¢ tiém can dung x =1, tiém can ngang y =2 va d6 thi di qua diém

ax-1

(0;1) (1). Db thi ham s6 y = c6 tiém can diéng x =-b, tiém can ngang y=ava di

x+b
qua diém (0;%} (2. Tk (1)va(R)suyra: a=2,b=1,c=-1;

Cau 33. Chon B.

A . N\ A _1 ’ “ A ~ , A A
D6 thi ham s6 y:ax o tiém can dung x:—é,tlem can ngang y:E
cx+d c c
a_9
Cd a=2c a-2c=0 a=2
Theo dé baitaco {——= oi-d=2c &{2c+d=0 Sic=-1
c
a2-1 2a—-1=-6¢c-3d 2a+6c+3d=1 d=1
c2+d

Cau 34. Chon A.
Dua vao bang bién thién, d6 thi ham s6 ¢ tiém can ding x =1, tiém can ngang y =2,

ham s6 nghich bién trén khoang (—oo;l) va (1; +oo) . Bap an C sai vi tiém can dung

x:%. dap an D sai vi tiém can ding x =-1, dap an B sai vi y'z( )2
x-1

Cau 35. Chon C.
Dép an A sai vi d6 thi ham s6 c6 tiém can ding x =-1, tiém can ngang y =1.

Dép 4n B sai vi ham s6 dong bién
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Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Dép an D sai vi ham s6 khong c6 cuec tri.
Chon A.

Ddép an A dang vi c6 tiém can ding x =-1, tiém canngang y=1, y=-1.

DPép an B sai vi ham s& nghich bién trén (—oo;—l) va (—1;0)

DPép an C sai vi d6 thi ham s6 ¢6 3 tiém can.

Pép an D sai vi ham s6 khong c6 gia tri 16n nhat.

Chon A.

Vé do thi y =x* -2x* —1. Gitt nguyén phan do thi trén Ox, phan dwdi Ox thi 18y déi
xung qua Ox ta duoc d6 thi can vé

y A y A

=Y

=Y

0

Chon D.
bat f (x) =x* —2x? —1 thi khi tinh tién (C) theo Ox qua trdi 1 don vi thi sé dwgc do thi

cua y=f(x+1) =(x+1)4 —2(x+1)2 -1.

Chon A.

Dit f(x)=x"-2x" -1 thi khi tinh tién (C) theo Oy Ién trén 1 don vi thi s& dugc 6 thi
cta y=f(x)+1=x"-22".

Chon A.

Theo ly thuyét, ta chon cau A.

Chon C.

Theo ly thuyét, ta chon cau C.

Chon A.

Dua vao BBT, ta thdy ham s& dat cuc tiéu tai x =3 va dat cyc dai tai x =1nén loai

phuong an C. Ham sd y = f(x) xac dinh, lién tuc trén R; y" d6i ddu va lim y =+

nén ham s6 khong ton tai gia tri 1on nhat va gia tri nho nhét nén loai phwong an B.
Ham s6 c6 gia tri cuc ti€u la y., =—4 va gid tri cuc daila y., = 0nén loai phuong an

D.

Chon C.
Ta x6a phan bén trai tryc tung cua (C):y = el _i roi 1ay d6i xtiing phan bén phai truc
X+
: o (o et fam < v T2 T s ai
tung cua (C) qua truc tung ta dwoc do thi (C) cuaham sd y = | | . Lay doi xung
x|+
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Cau 44.

Cau 45.

Cau 4e6.

Cau 47.

k-2

(C ) qua truc hoanh r6i x6a phan phia duéi truc hoanh ta duoc d6 thi (C ) Y= | | n
x|+

nhw hinh vé bén.

YA

-2
Dua vao do thi ham s, phuong trinh |||X|| + 1| =m cb hai nghiém phéan biét
x
o me[1;2)ufo}.
Chon A.

Dua vao d6 thi ham s& dé thdy ham s& da cho la ham bac ba c6 hé s6 a >0 va c6 hai
di€m cuyc tri nén loai cdc phwong dn C, D. Dya vao d6 thi ham s6 dé thdy ham s& dong

bién trén khoang (—o0;—1) va (1;+00) nén loai luén phuong an B.

Chon B.
Dua vao d6 thi ham s& dé thdy cac phuong an B, C, D déu dung.
Chon A.
oo 2x-2 néu 2x—220
Tacé y= _J x+1 x+1
x+1 2x-2 2x-2
- néu <0
x+1 x+1

b6 thiham s6 y = 2x- c6 duoc bang cach:

x+1

+ Gilt nguyén phan d6 thi ham s6 y = nam phia trén truc hoanh.

x+1

+ L&y doi xting phan d6 thi ham s6 y = nam phia duéi truc hoanh qua truc

x+1
hoanh.
Chon D.
2_
Hémsé’y=mx+1 6 tap xac dinh DzR\{—m}.Tacé y'= m 12,
xX+m (x+m)

>1
Y <0 m-1<0e 1<m<1; y'>0<:>m2—1>0<:>[m - Hinh (0 ¢
m<—

m= _% e(~1;1) nén y'<0 suy ra ham s& nghich bién, do d6 Hinh (I) dting. Hinh (II)
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Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

O m= —% <-1nén y'>0 suy ra ham s6 dong bién, do d6 Hinh (II) sai. Hinh (III) c6

m=-2<-1nén y'>0 suy ra ham s& déng bién, do d6 Hinh (III) dung.
Chon D.

x|(x+1)=+oo.DépénCsaiviy= co y'(0)=1

Dap an B sai vi lim
X—>+0

alr

X _ x
|x+1| \/(x+1)2

=1|. Dap an A sai vi limLzo
x=0 x—>+°°x(x+1)

Chon A.
V& db thi ham s§ =" -
x—1 -
|x+1| x_+1 néu x>-1
_ _Jx= |
Y x—1 x+1 :

- néu x<-1 R

x—1 ' '

x+1 .
D6 thi ham s6 y = H c6 dwgc bang cach:
x —

+ Gilt nguyén phan d6 thi ham s6 y = 1 im phia bén
x —

phai duong thang x =-1.
+ Ldy d6i xting phan d6 thi ham s6 y = x—-’_i nam phia bén trai duong thang x =-1
x a—

qua truc hoanh.

Chon B.
e x=mP =1
Ham s6 y = ————— co tap xac dinh DzR\{—l}
x+1
2 2

= +22 suy ra y‘>0Vm,Vé1y=x m_ 1 di qua diém (0;-1).

(x+1) x+1
Hinh (I) dung.

Hinh (II) sai vi khong di qua diém (0;-1).

Hinh (IIT) sai vi khong di qua diém (0;-1).

Chon A.

Do a=1,b=~(m’+1)<0 nén d6 thi ham s& huéng 1én va c6 3 cyc tri (loai B, D). Do
thi ham s& qua (0; 3).

Chon C.

Do d6 thi qua (0; 1) nén c¢=1. D6 thi hudéng 1én nén a>0 va c6 3 cuc tri nén ab <0 suy
ra b<0.Do dé chon cau C.

Chon B.
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Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

D6 thi huéng lénnén a>0. Co 1 cuc trinén ab>0suy ra b>0. Qua (0; 0) nén c=0.
Do &6 chon cau B.

Chon D.

D6 thi huéng xudng va cd 3 cuc trinén a<0,b >0 suy ra cau A ( ¢ khong cé diéu
kién)

Chon C.

Do a=1>0 nén (C) cd 2 treong hop la ¢d 1 diém cuc tiéu hay c6 2 diém cuee ti€u va
mot diém cuc dai.

Chon D.

Ham s6 cta d6 thi (I) c6 2 <0 nén diéu kién a #0 chuwa dam bao. Do d6 loai phuong
an B.

Ham s6 cta d6 thi (I) c6 a >0 nén loai ludén phuong an C.

Ham s6 cta d6 thi (IV) ¢6 a <0 nén loai luén phuong an D.

Chon B.

D0 thi Hinh 2 d6i xting nhau truc tung va di qua diém (—1;4),(1;4) nén phuong 4n B
1 phit hop nhat.

Chon D.

Vi d6 thi Hinh I ndm phia trén truc hoanh va di qua diém (-1;0).

Chon A.

Vi d6 thi nam phia trén truc hoanh va di qua diém (3;0).

Chon A.

Vi d6 thi d6i xting nhau truc tung va di qua diém (-1;,-2),(1;-2).
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Chide6  SUTUONG GIAO CUA HAI PO THI
\ Aot

A. KIEN THUC CO BAN

Cho ham s6 y = f(x) c6 d6 thi (C,) va y=g(x) c6 d6 thi (C,).
Phuong trinh hoanh d¢ giao diém cua (C,) va (C,) la f(x)=g(x) (1)
Khi do:

> S8 giao diém cuaa (C,) va (C,) bang véi s&

nghiém cta phuong trinh (1) . Y

» Nghiém x; ctia phuwong trinh (1) chinh la hoanh ><O<
| 0

do x, ctia giao diém. |
> DEtinh tung do y, cua giao diém, ta thay hoanh %o |0
do x, vao yzf(x) hoac yzg(x).

> Diém M(x,;y,) la giao diém cta (C,) va (C,).
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B. CAC DANG TOAN CO BAN THUONG GAP
1. SU TUONG GIAO GITUA DPUONG THANG VA PO THI HAM SO BAC BA

1. KIEN THUC TRONG TAM

Bdi todn : Xét ham sd bac ba y = ax’ +bx* +cx +d (a # 0) c6 do thi (C) va ham s0 bac nhat
y=kx+n c6 do thi d.
Lap phuong trinh hoanh d giao diém cua (C)va d:ax’ +bx* +cx+d=kx+n (1)
Phuong trinh (1) la phuong trinh bac ba nén c¢6 it nhat mot nghiém. Ta c6 2 truong hop:
Truong hop 1: Phuong trinh (1) c6 “nghiém dep” x,, .

Thuong thi dé hay cho nghiém x, =0; +1; £2;... thikhi do:

x—x,=0

(1) (x—x,)(Ax* +Bx+C)=0 < AV Br+C=0 (2)

Khi do:
(C) va d c6ba giao diéfm phuwong trinh (1) c6 ba nghiém phan biét

0

phuong trinh (2) c6 hai nghiém phan biét khac

nghiém x .

(C) va d c6hai giao difm  phuwong trinh (1) c6 hai nghiém phan biét

0

phuong trinh (2) c6 hai nghiém phan biét, trong
do6 c6 mot nghiém x, hodc phwong trinh (2) cd

nghiém kép khac x, .

(C ) va d ¢ moét giao diém « phuong trinh (1) c6 mot nghiém

0

phuong trinh (2) v0 nghiém hodc phuong trinh

(2) c6 nghiém kép 12 x, .

Trudong hop 2: Phuong trinh (1) khong thé nhdm dwoc “nghiém dep”
Ta bién d6i phurong trinh (1) sao cho hang tir chira x tat ca nam bén vé trai, cic hang tr
chtta tham s& m nam bén vé phai, nghia la (1) < f(x)=g(m).
Ta khéo sét va vé bang bién thién ham s8 y = f(x) va bién luén s8 giao diém cua (C) va

d theo tham sd m.
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2. MOT SO BAI TOAN MINH HOA

Bai todn 1: Tim giao diém ctia d6 thi (C):y =’ —3x” +2x+1 va duong thang y=1.

Loi giai:
x=0
Phuong trinh hoanh d9 giao diém: x° -3x” +2x+1=1<x’ -3x* +2x=0 < | x=1.
x=2

Vay 6 ba giao diém A(0;1),B(1;1),C(2;1).

Bai todn 2: Cho ham s8 y =mx’ —x* —2x+8m c6 d6 thi 1a (Cm) Tim m &6 thi (Cm)cét truc

hoanh tai ba diém phéan biét.

Loi giai:
Phuong trinh hoanh d9 giao diém mx’ —x*> —2x+8m =0 (1)
x=-2

& (x+2)[mx® —@m+1)x+4m]=0 < @ dm—0 @)
(Cm) cét truc hoanh tai ba diém phan biét < (1) c6 ba nghiém phan biét.
= (2) c6 hai nghiém phan biét khac -2
m#0

SSA=-12m* +4m+1>0

12m+2#0
m#0
1 m=#=0
S {——<m<— & 1
2 ——<m<—

1

m#——
6

Vay me (—%,%j \ {O} thoa yéu cau bai toan.

Bdi todn 3: Cho ham s8 y =2x” —3mx* +(m—1)x+1 c6 do thi (C). Tim m d€ dudng thing

d:y=-x+1 cit d6 thi (C) tai ba diém phén biét.

Loi giai:
Phuong trinh hoanh d6 giao diém cta (C)va d:
x=0

2x° —3mx’ +(m—1)x+1:—x+1<:>x(2x2—3mx+m)=0<:> 2x2—3mx+m—0(*)

Yéu cau bai toan < (*) c6 hai nghiém phéan biét khac 0
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A=9m> —8m >0 8
Rt <:>me(—oo;0)u —; 400 |.
m#0 9

Vay me (—oo;O) u(g ;+ooJ thoa yéu cau bai toan.

Bai todn 4: Tim m &€ &6 thi ham s8 y = x* +mx +2 cat truc hoanh tai mot diém duy nhat.

Loi giai:
Phuong trinh hoanh do giao di€m ctia d6 thi ham s véi truc hoanh 1a x° +mx+2=0.
Vi x =0 khong la nghiém cta phwong trinh, nén phwong trinh twong duong véi

mz—xz—Z (x;tO)

x
_ 3
Xét ham s§ f(x)=—x" _2 véi x#0, suyra f'(x) =—2x+% =—2x2+2 :
x x x
Viy f'(x)=0<x=1.
Bang bién thién:
x —0 0 1 +00
7 (x) + + 0 -
+00 -3
£ (x) / \
. / » B

Duta vao bang bién thién ta thay do thi cat truc hoanh tai mot diém duy nhat < m > -3.

Vay m >-3 thoa yéu cau bai toan.

Bai todn 5: Tim m dé€ d6 thi (C ) ctia ham s8 y =x” —3x*> —9x+m cat truc hoanh tai ba diém

phan biét.

Loi giai:
Phuong trinh hoanh d6 giao diém caa d6 thi va truc hoanh:
=32 —9x+m=0x"-3x"—9x=-m (1)
Phuong trinh (1) 1a phwong trinh hoanh d6 giao diém cua duong (C):y =x* —3x* —9x va
duong thang d:y =-m. S§ nghiém ctia (1) bang s8 giao diém ctia (C)vad.
Khéo sat va vé bang bién thién ctia ham s§ y =x° —3x* - 9x.
Tap xac dinh D =R.
! ’ 2 ' 2 x=3
Paoham y'=3x"-6x-9; y'=03x"-6x-9=0< 1
x=-
Bang bién thién:
X | —© -1 3 +00
+

+ 0 -
5 +00
—0 —27
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Dua vao bang bién thién ta thdy (1) c6 ba nghiém phén biét < 27 <-m <5< -5<m<27.

Bai todn 6: Goi d 1a duong thang di qua diém A(-1;0) v6i hé s6 goc k (ke R). Tim k d&

duong thang d cat &6 thj ham s8(C): y = x° —3x” + 4 tai ba diém phan biét A, B, C va tam

giac OBC c6 dién tich bang 1 (O la gdc toa do).

Loi giai:
Duong thang d di qua A(-1;0) va c6 hé s6 goc k nén c6 dang y =k(x+1), hay kx—y+k=0.
Phuong trinh hoanh d¢ giao diém caa (C) va d la:
x=-1
x3—3x2+4=kx+k<:>(x+1)(x2—4x+4—k)=0<:> ,
g(x)=x"—-4x+4-k=0 (%)

dcat (C) tai ba diém phan biét <> phuong trinh (*) c6 hai nghiém phan biét khac -1
A'>0 k>0
= = .
g(-1)=0 k#9
Khi d6 g(x)=0<x=2 —\/%;x —2+k. Vay céc giao diém cta hai d6 thi lan luot la
A(-1,0), B(2=k;3k—kvk), C(2+k;3k+kvk).
k
Tinh dwoc BC = 2Vkv1+k>, d(O,BC)=d(0,d)= L2 :
1+k
1|
AOBC — 2 W :

Vay k=1 thoa yéu cau bai toan.

Khi d6 S k14K =1oVk=1ek =1 k=1.
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IL. SU TUONG GIAO GIUA PUONG THANG VOI PO THI HAM SO

TRUNG PHUONG
1. KIEN THUC TRONG TAM

Cho ham s8 y = ax* +bx* +¢ (a#0) c6 do thi (C)va dudng thang y=k c6 d6 thi d.
Léap phuong trinh hoanh d¢ giao diém cua (C)va d:ax* +bx*+c=k (1)
bit t=x* (t20) taco phuong trinh at® +bt+c-k=0 (2)

Khi dé:
(C) va d c6bon giao diém < (1)c6 bdn nghiém phén biét
& (2) ¢6 hai nghiém duong phan biét
A>0
< phuong trinh (2) théa {P>0.
5>0
(C ) va d c6 ba giao diém < (1) c6 banghiém phan biét

0

(2) c6 hai nghiém phan biét, trong d6 c6 mét

nghiém dwong va mot nghiém ¢ =0.

(C) va d c6 hai giao diém < (1) ¢6 hai nghiém phan biét
< (2) c6 nghiém kép duong hodc ¢ hai nghiém
trai dau.
(C ) va d c6 mét giao diém o (1) c6 mot nghiém
= (2) co nghiém t =0 va mot nghiém am.
(C) va d khong c6 giao diém <« (1) v6 nghiém
= (2) vO nghiém hoac chi c6 nghiém am.

2. MOT SO BAI TOAN MINH HOA

Bdi todn 1: Tim giao diém cua do thi (C):y =x" +2x* -3 va truc hoanh.

N e

Loi giai:

=x=1vx=-1.

2
=1
Phuong trinh hoanh d6 giao diém: x* +2x* -3=0 < g
X =

Vay c6 hai giao diém: A(-1;0), B(L0).

Bdi todn 2: Tim m d€ phuong trinh x* —2x* —m+3 =0 c6 bdn nghiém phan biét.

N e

Loi giai:
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Phuong trinh: x* -2x* -m+3=0<x' =22’ +3=m (1)

Phuong trinh (1)1a phwong trinh hoanh d¢ giao diém ctia hai duong (C):y =x*-2x*+3 va
duong thang d:y =m. S6 nghiém cta (1) bang s6 giao diém cua (C ) vad.

Khao sat va vé bang bién thién ctia ham s6 y =x"* —2x” +3.

Tap xac dinh D =R.

x=0
Daoham y'=4x" -4x; y'=0<4x’ - 4x=0<|x=1 .
x=-1
Bang bién thién:
x |-o0 -1 0 1 +00

-0 + 0 - 0o +
+o0 3 +o0
¥ \ / \ /
2 3
Dua vao bang bién thién ta thdy (1) c6 bon nghiém phan biét < 2<m<3.Vay 2<m<3 thoa

yéu cau bai toan.

Bai todn 3: Cho ham s8 y =x* —2(m+1)x* +m* —3m -2 (Cm) .Dinh m &€ &b thi (Cn) cit

duong thang d:y=-2 tai bdn diém phan biét.

Loi giai:
Phuong trinh hoanh d¢ giao diém cua (C,)) va d:
xt=2(m+1)x* +m’ -3m-2=2 < x* =2(m+1)x* +m* =3m=0 (1).
Dt t=x* (t20), phuong trinh tro thanh £ =2(m+1)t+m* -3m =0 (2).
(C,)va d c6bon giao diém < (1) c6 bon nghiém phén biét

= (2) c6 hai nghiém dwong phan biét.

A'>0 5m+1>0 m>_g 1 )
<{P>0 om*-3m>0=<m<0,m>3< _§<m< )
S$>0 2(m+1)>0 m>-1 m>3

Vay me (—%;Oj u(3; +oo) thoa yéu cau bai toan.

Bdi todn 4: Cho ham s8 y = x* —(3m +2)x* +3m (C). Tim m d€ dudng thing d:y=-1 cat d6

thi (C) tai bon diém phan biét c6 hoanh d¢ déu nho hon 2.

Loi gidi:
Phuong trinh hoanh d¢ giao diém cta (C) vad:y=-1la
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x*—(8m+2)x* +3m=-1< x* —(3m+2)x* +3m+1=0.

t= =1
Dit t=* (£20), ta c6 phuong trinh 2 —(3m+2)+3m+1=0 < Khi do |
t=3m+ x> =3m+1
N 0<3m+1<4 1 .
Yéu cau bai toan < & ——<m<]1vam#0.
3m+1-#1 3

Ao 1 . A1
Vay —§<m<1 va m#(0thoa yéu cau bai toan.

Bai todn 5: Cho ham s6 y = x* —(Sm +4)x2 +m?* c6 d6 thi la (Cm ) Tim m d€ do thi (Cm) cit

truc hoanh tai bon diém phan biét c6 hoanh d¢ 1ap thanh mot cap s6 cong,.

Loi gidi:
Phuong trinh hoanh d¢ giao diém: x* —(3m+4)x* +m* =0 (1)
Dt t =x* (¢>0), phwong trinh (1) tro thanh: ¢* —(3m+4)t+m* =0 (2)

(Cm) cit truc hoanh tai bon diém phan biét < (1) c6 bon nghiém phan biét
= (2) c6 hai nghiém dwong phan biét
A=5m*+24m+16>0
S <P=m*>0
S=3m+4>0
m<—-4vm> —é
& ym#0 = 5 @)

4
m>——

Khi d6 phwong trinh (2)c6 hai nghiém 0<t, <t,.
Suy ra phuwong trinh (1) c6 bon nghiém phan biét la x, = —\/g <x,= —\/Z <X, = \/E <x,= \/Z .
Bon nghiém x,,x,,x,,x, lap thanh cip s6 cong

S X, X, =X, =X, =X, — X, C>—\/E+\/g:2\/z <:>\/g=3\/z <t, =9 (3)

) o , |t,+t,=3m+4 4)
Theo dinh ly Viet ta co

tt, =m’ 5)
3m+4
"0
Tw (3)Vé (4) ta suy ra dwoc 9(3m+4) (6)
2 :T

‘ 9 ., [3(3m+a)=10m |m=12
Thay (6)Vao (5) ta duoc 100(3111+4) =m" < 3(3m+4)=—10m© mz_%(thOa *))
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Vay gid tri m can tim la m=12; m =—%.
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III. SU TUONG GIAO GIUA PUONG THANG VOI PO THI HAM SO

_ax+b

cx+d

1. KIEN THUC TRONG TAM

ax+Z (ad—bc#0) c6 do thi (C) va dudng thing y=kx+n c6 do thi d. Lap
cxX+

Chohamssé y =

phuong trinh hoanh d6 giao diém cta(C) va d:

Ax* +Bx+C=0 (1)
ax+b
=kx+n<

cx+d X#——

c

(C) va d c6 hai giao diém < (1) c6 hai nghiém phén biét khéc 4
¢

2. MOT SO BAI TOAN MINH HOA

Bai todn 1: Tim toa do giao diém cua d6 thi (C): y = 2x+1 va duong thang d:y =x+2.

Loi gidi:
. . A o 2x+1 I 1
Phuong trinh hoanh do giao diém: e 1 x+2 (1) . Diéu kién: x # 5
x f—

Khi d6 (1) & 2x+1=(2x-1)(x+2) & 2x* +x-3=0

Vay toa do giao diém can tim la (—é,lj va (1;3).

Bai todn 2: Cho ham s8 y = 2> ‘11 c6 db thi la (C) . Tim m d& duong thing d:y = —x+m cit
x —

do thi (C) tai hai diém phan biét.

Loi gidi:
Phuong trinh hoanh d¢ giao diém: 2% _11 =—x+m (1)
x —

Diéu kién: x#1.Khi d6 (1) < 2x—1=(-x+m)(x—1)

& xz—(m—l)erm—l:O (2)
d cit (C) tai hai diém phéan biét < (1) c6 hai nghiém phan biét
<> (2) c6 hai nghiém phan biét khac 1

o a=[-(m-1)] -4(m-1)>0
1-(m-1).1+m-1%0
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o m*—6m+5>0 @me(—oo;l)u(S;-i—oo).

Vay gid tri m can tim la m e (—oo;l)u(S; +oo).

mx

1 sdo thila (C, ) Tim m d€ duwong thang d:y=2x—-1 cat

Bai todn 3: Choham s y =
xX+2

d6 thi (C,,) tai hai diém phan biét A, B sao cho AB=+/10.

Phuong trinh hoanh d6 giao diém: mrl o 1 (1)
Diéu kién: x = -2.
Khi d6 (1) & mx—1=(2x-1)(x+2) & 2x° —(m-3)x-1=0 (2)
d cat (C,, )tai hai diém phan biét A, B < (1) c6 hai nghiém phan biét

<> (2) c6 hai nghiém phan biét khac -2

2
o A=[~(m-3)]+8>0 _ 1 o
8+2m—-6-1%0 2

Dat A(xl;le —1); B(3c2;23c2 —1)Vc')’i x,, x, la hai nghiém cuia phwong trinh (2)

m-3
X, +X, =——
Theo dinh ly Viet ta c6 . 2
XX, =——
172 2

Khi dé: ABz\/(xl—x2)2+4(x1—x2)2 =\/E = 5[(x1+x2)2—4x1x2}=10

@(mT%j +2=2om=3  (thoa(*)

Vay gia tri m can timla m=3.

2x+1
x+1

diém phan biét A, B sao cho tam gidc OAB c6 dién tich 1a +/3..

Bai todn 4: Choham s y = (C). Tim m d& duong thang d:y=-2x+m cat (C) tai hai

Loi giai:
Phuong trinh hoanh d¢ giao diém cta (C) va d:
25t imes 2x41 =(x+1)(—2x+m) (diéu kién: x»-1)
x+1

<:>2x2+(4—m)x+1—m=0 (1) ( diéu kién: x =-1).
d cit (C) taihai diém A, B phan biét < (1) ¢6 hai nghiém phan biét khac -1.
A=m*+8>0 Vm
IS ) .
2.(-1) +(4-m)(-1)+1-m=0

Suy ra d ludn cat (C) tai hai diéfm A, B phan biét véi moi m.
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Goi A(xl;yl); B(xz;yz), trong doy, =-2x +m; y, =-2x,+m va x;, x, la cdc nghiém cua (1)

m—4
X, X, =——
Theo dinh ly Viet ta c6 2
1-m
XXy ZT
5(m*+38
Tinh duoc: d(O;AB):%; AB =[x —x,) +(3 =2, ) =5(x+x,)’ —20xx, :¥

Imlv

1

Sous =7, ABA(0; AB) = =3 o m=2vm=-2.

Vay cac gid tri m can timla m=2; m=-2.

Bai todn 5: Choham s y = 2x+1
x+1

(C). Tim k d& duong thang d:y=kx+2k+1 cat (C) tai hai

diém phan biét A, B sao cho khoang cac tir A va B dén truc hoanh bang nhau.

Loi giai:
Phuong trinh hoanh d6 giao diém caa (C) va d:
20t ] okl 2x41 = (x+1)(kx +2k +1) (dieu kién: x #-1)
x+1

< kx® +(3k—-1)x+2k=0 (1).(diéu kién: x=-1)
d cit (C) taihai diém A, B phan biét < (1) ¢d hai nghiém phan biét khac -1

k+0
k#0
SIA=k*-6k+1>0 <:>{

k<3-2J2vk>3+2\2
k(1) +(3k—1)(-1)+2k =0 ) e
Khi d6: A(x;kx, +2k+1), B(x,;kx, +2k+1) v6i x,, x, langhiém ctia (1).

x+x_—3k+1
Theo dinh Iy Viettaco {71 "2~k

Tinh duoc d(A;Ox)=d(B;Ox) <> |k, + 2k +1| =|kx, + 2k +1

_kxl +2k+1=kx, +2k+1

=
| ke, +2k+1=—kx, -2k-1

_xl = x, (loaui)
k(x,+x,)+4k+2=0

< k(x, +x,)+4k+2=0=k=-3.

<~

Vay k=-3 thoa yéu cau bai toan.
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C. THU THUAT CASIO GIAI BAI TOAN TUONG GIAO

I. NHAC LAI KIEN THUC CAN NAM

1. Phuong phdp do thi tim s6 nghiém ciia phuong trinh :

Cho phuong trinh f(x)= g(x) (1), s6 nghiém ctia phuong trinh (1) la s6 giao diém ctia d6 thi
ham s8 y = f(x) va do thi ham s6 y = g(x)

Chui y : 56 nghiém cta phuong trinh f(x=0) 1a s8 giao diém cua d6 thi ham s§ y = f(x) va
truc hoanh

2. Bdi todn tim nghi¢m ciia phuong trinh chita tham s6’:

Ta tién hanh c6 1ap m va dua phuong trinh ban dau vé dang f (x) =m (2) khi d6 s6 nghiém
ctia phuong trinh (2) 1a s8 giao diém ctia d6 thi ham s8 y = f(x) va duong thing y=m .

Cht y : Puong thang y=m c6 tinh chat song song véi truc hoanh va di qua diém cé toa do
(0:m)

3. Lénh Casio :

D€ tim nghiém cua phuwong trinh hoanh d¢ giao diém ta dung lénh SHIFT SOLVE

IL. MOT SO BAI TOAN MINH HOA

Bdi todn 1: [Thi thit chuyén KHTN 1an 2 nam 2017]
Tim tap hop tét céc cac gia tri ctia m d€ phwong trinh log, x—log, (x—2)=m c6 nghiém :

A.1<m<+w0 B. 1<m<+w0 C.0<m<+w0 D. 0<m<+o0

Loi giai:
Cach 1: CASIO
Dit log, x—log, (x—2) = f(x) khi d6 m= f(x) (1).
Dé& phuong trinh (1) ¢6 nghiém thi m thudc mién gié trj cia f(x) hay f(min)<m < f(max)
Téi day bai toan tim tham s6 m dwoc quy vé bai toan tim min, max cua mot ham s6. Ta st

dung chirc nang Mode v6i mién gia tri caa x 1a Start 2 End 10 Step 0.5
foong) (7] (es.0) (21 &> i) ) > H e 1> ) H 1B E2E0O0EO0OEE

m Math
ﬁ-’ F dge

0. 3625
9.5 O.34l
i0i0.3218

15
16
11

Quan sat bang gia tri F(X) ta thdy f(10)=~0.3219 vay dap s6 A va B sai. Dong thoi khi x cang
tang vay thi F (X ) cang giam. Vay cau hoi datrala F (X ) c6 giam dugc vé 0 hay khong.
Ta tw duy néu F(X ) giam duoc vé 0 cd nghia la phuong trinh f (x) =0 c6 nghiém. D€ kiém tra

du doan nay ta stt dung chitc nang do nghiém SHIFT SOLVE
(ee.) (2] & () 5] & (=) (o) (2] & (e ] (=) (2) () i) (3) B
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m Math
Can*t Eolwe

CAC] :Cancel
Callel:GOtO

May tinh Casio bdo phuong trinh nay khong c6 nghiém. Vay dau = khong xay ra

Tém lai f(x)>0 < m>0 va D ladap én chinh xac

Cach tham khao : Tw luan
X 2
om=1 1+

Diéu kién: x>2
xX—
>1 =lo 1+—2 >log., 1=0
23 2 23

Phuong trinh < m =log, (

Vix>2nén x-2>0=>1+

x—2

Vay m=log(1+ij>0
x—2

Binh luan :

Mbt bai toan mau muc ctia dang tim tham s8 m ta giai bang cach két hop chiic nang 1ap bang
gia tri MODE 7 va chttc nang do nghiém SHIFT SOLVE mot cach khéo léo

Chay:m=f (x) ma f (x) >0 vay m >0 mot tinh chat bic cau hay va thuwong xuyén gap

Bdi todn 2: [Thi thit chuyén KHTN -HN I4n 2 nim 2017]
Tim tap hop tat ca cac gid tri cia tham s6 m d€ phwong trinh x° —3x* +m =0 ¢ 3 nghiém phan
biét

A. —4<m<0 B. -4<m<0 C.0sm<4 D. 0<m<1

Loi giai:
C6lap m , dwa phuong trinh ban déu vé dangm = —x° +3x* . Dt x° -3x” = f(x) khid6 m = f(x)
(1), s6 nghiém cua (1) 1a s6 giao diém cta d6 thi y = f(x) vay=m
Dé khao satham s6 y = f (x) ta st dung chitc ndang MODE 7 Start -2 End 5 Step 0.5
foog @D H ) D B eHB NP EEEHEEEE0MEE

F] F]
o *ps| Bidns ol "5l Bl
o i | 73 g 2 IR
Bl 0.5| D.G25 il 2.5l 3.125

Quan séat bang gia tri F (X ) ta thay gia tri cyc tiéu la 0 va gia tri cuc dai la 4 vay ta c6 so d6 duong

di cua f(x) nhu sau :
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R6 rang hai d6 thi cit nhau tai 3 diém phan biét néu 0<m <4

Bai todn 3: [Khao sat chit lwgng chuyén Lam Son - Thanh Héa nam 2017]
242 6.0 thi (C) . Pudmg thing () y = x+1 cit dd thi (C) tai2 diém phan

Chohamsé y =
x

biét M, N thi tung d6 diém I cta doan thang MN bang :
A. -3 B. -2 C.1 D. 2

Loi giai:
s 3 A o 2X+2
Phuong trinh hoanh d¢ giao diém ~ 1" +1.
x f—
Nhép phwong trinh nay vao may tinh Casio va do nghiém :

F@mOFIE@mOED®E0E0NHDH0EE S e =
®BE

e (w4]) e (r4])
= 3 = -1
L-R= 0 L-R= 1

Math Math

=3y =x+1=4
Ta cé ngay 2 nghiém % =% =y, = Vit¥, _,
x,=-1=y,=x,+1=0 2

= Dap s6 chinh xaclaD

Bdi todn 4: [Thi thit chuyén Vi Thanh - Hiu Giang lan 1 nam 2017]
Tim t4t ca cac gia tri thuc ctia tham s§ m sao cho &6 thi ham s6 y = x* +mx +16 cat truc hoanh
tai 3 diém phan biét

A.m>12 B. m<-12 C. m<0 D. Khong c6 m
thoa

Loi giai:
D& d6 thi ham s8 y = x° + mx+16 cat truc hoanh tai 3 diém phan biét thi phwong trinh
x’+mx+16=0 (1) c6 3 nghiém phan biét
V6i m=14 st dung lénh giai phwong trinh bac 3 MODE 5
EEED[3[3[3[3[]C]C]C]CN:N:N3£3E3

[F] MathW Math Wi

A= hz=
-1.058215891  0.5291069456+3, »

Ta thdy nghiém x,;x, la nghiém ao = khong du 3 nghiém thuc = m =14 khong thoa = A sai
Véi m=-14 st dung lénh gidi phuwong trinh bac 3 MODE 5
(5 NEOEAEOEAENEEEEE

[} MathW [} Math Wk [} Math A

1= A= b=

-4, 215186702 2. 915522539 1. 299664103
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Ta thdy ra 3 nghiém thuc = Dap an dang c6 thé la B hoac C
Thtt thém mot gid tri m =—1 nira thi thdy m=-1 khong thoa
= Dap s6 chinh xac la B

Bdi todn 5: [Thi thit chuyén Vi Thanh - Hiu Giang lan 1 nam 2017]
Cho ham s§ y = %x‘* -3x° +§ c6 d6 thi la (C) . Biét dudong thang y =—4x+3 tiép xtc véi (C)
tai difm A va cit (C ) tai diém B . Tim tung d¢ cua diém B

A1 B. 15 C. 3 D. -1

N e

Loi giai:
Thiét 1ap phwong trinh hoanh d6 giao diém %x‘* -3x? +§ =—4x+3 . St dung SHIFT SOLVE dé

do 2 nghiém phwong trinh trén

BHCA®E DA EHEENPHER®RER® H @A) = E)
&) ) ) (8] E) e ) (5 (B) &)

g —xe+Z=—dfed g e+ d=-d¥y

A= 1 &= -3

L-R= 0 L-k= 0
Néu A latiép diém thi y'(x,)=0, B la giao diém = y'(x,)=0 .
EAEEEOHOCREEHBMNPEHERE®RZIO® O] E

d_ F] Math &
i[ﬁ__ Z E]
A | P

-4
= xp=l=y,=-4x,+3=-1

= Dap s6 chinh xacla D

Bai toan 6: [Thi HK1 THPT HN-Amsterdam nam 2017]
Cho ham s6 y =x* —2mx* +m* —4 ¢ d6 thi (C) . Vi gia tri nao cuia tham s m thi d6 thi (C)
cit truc Ox tai bdn diém phan biét trong d6 c¢6 dang 3 diém c6 hoanh d¢ 16n hon -1 ?

m< -1
A. 3<m<-1 B. 2<m<?2 C.2<m<3

“lm>3

Loi giai:
S6 nghiém cua d6 thi (C ) va truc hoanh la s6 nghiém cta phwong trinh hoanh d6 giao diém.
x'=2mx’ +m* —4=0 (1). Ddt x* =t thi (1)< £ -2mt+m* -4=0 (2)
Ta hiéu 1 nghiém ¢ >0 sé sinh ra 2 nghiém x = +/t . Khi phuong trinh (2) ¢6 2 nghiém t, > ¢, >0
thi phuong trinh (1) c6 4 nghiém —\/Z < —\/E < \/E < \/Z . Vay d€ phuong trinh (1) ¢ 4 nghiém
phan biét trong d6 c6 dung 3 diém c6 hoanh d6 16n hon -1 (ttc1a 1 diém c6 hoanh d¢ nho hon
1) thi O0<t, <1<t (¥)
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Th véi m=-2.5 Xét phuong trinh +* —2mt +m* —4=0

e (5B MNEEHEEAHEXHBEBEEE

] MathW¥ ] Math Wk
Al= AZ=
2 1
Z Z
Théa man (*)= m=2.5 thoa = Cla dap s6 chinh xac

Bdi todn 7: [Thi thit chuyén Vi Thanh - Hiu Giang [an 1 nim 2017]
Tim t4t ca c4c gia tri thuc cia tham s6 m d€ phuong trinh 2x° +3x* —12x = m ¢é ding 1 nghiém

duong
m<—7 m=-7 m<—7 . , ,
. B. C. D. Khong c6 m thoa
m>0 m>0 m>20
Loi giai:

Dat f(x)=4" -2""?+6.Khi d6 phuong trinh ban dau < f(x)=m (1). D& (1) c6 dting 1 nghiém
duong thi duong thang y =m cat d6 thi ham s8 y = f(x) tai dting 1 diém c6 hoanh do duong.
Khao sat ham s§ y = f(x) v6i chitc nang MODE 7

foog @D R D B eFHB EHOEFETIOR@AEOEEE@EEE 0@
B E

F:| Math F:|
J ¥ Fi ol Fu_
o —— ag 1) i -7
Bl -1.5 I 12l 1.5l -u.s

Ta thdy d6 thi c6 gia tri cyc dai 1a 20 va gid tri cyc tiéu la -7 va ta s md ta duoc duong di cta

f (x) nhw sau :
| i II <
|

|
|‘
e i — :—}: - s --—‘—llﬂ — .
| |[I

|
Iy
|

T

= 0 ,
thi hai d6 thi cat nhau tai dung 1 diém c6 hoanh d6 duong.

RO rang [y

= Ddép an B chinh xac

Bai todn 8: [Thi thit THPT Luc Ngan — Bic Giang Ian 1 nam 2017]
Tim tat ca gia tri m d€ duong thang y=m cat @6 thi ham s6 y=x>—3x* +2 tai 3 diém phan

biét c6 hoanh d6 16n hon -%

Tong hop cdc chuyén dé luyén thi dai hoc Trang 342



Bién soan: Buii Trin Duy Tudn https://facebook.com/duytuan.qna

A.O0<m<?2 B. 2<m<?2 C.§<m<2 D. 2<m<2

Loi gidi:
S6 giao diém ctia duong thing va d6 thi ham s3 trén 1a s6 giao diém ctia phuong trinh
X’ =3x"+2=mex’ -3x*+2-m=0
Thtt véi m=-2 . Gidi phuong trinh bac 3 voi tinh nang MODE 5 4

g QU EHEELOEZAEUOUEHENEEE

[F] MathW [F] Math &

h1= hz=
-1 &

Ta thay chi ¢6 2 nghiém = 2 giao diém = m=-2 khong thoa man = Dép an D sai
Thtr voi m=-1 . Gidi phuong trinh bac 3 voi tinh nang MODE 5 4
e (5 HEEHEAE0ERBEEE

F] Math¥
wi=

-0, 57935352416

Ta thdy c6 nghiém < —% = m=-1 khong thoa man = Dap an B sai

Th véi m=1 . Giai phwong trinh bac 3 véi tinh nang MODE 5 4
g AN EEHECEEOEREEEE

F] Math &
hE=

-0, 5320555562
Ta thay c6 nghiém < —% = m=1 khong théa man = Dap an A sai

= Dap an C con lai la dap an chinh xac

Bai todn 9: [Thi HSG tinh Ninh Binh nam 2017]
Tim t4t ca céc gié tri thyc cua tham s§ m d€ phuong trinh 47 =272 46 =m c6 3 nghiém phan
biét ?

A . m=3 B. m>2 C.2<m<3 D.2<m<3

e

Loi giai:
Dit f(x)= 4" —27*2 1 6. Khi d6 phuong trinh ban dau < f(x)=m
Str dung Casio khao sét sy bién thién ctia d6 thi ham s6 y = f(x) v6i thiét 1ap Start —4 End 5
Step 0.5

g (7] (4] (@ e DI (A S H RIFE e N HRIeHEEEEHEEEE 0
LEE
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0] Math
:-: F i)
: “t|a. 6001
=

-1
Quan sat bang bién thién ta vé dwong di cua ham sd

A F(5)=+x

F(1)~18

v

RO rang y =3 cat d6 thi ham s6 y = f (x) tai 3 diém phan biét vay dép an A la chinh xac

Bai todn 10: [Thi thit THPT Luc Ngan - Bac Giang Ian 1 nim 2017]
S6 nguyén duong lon nhat d€ phuwong trinh 25Mi —(m+2) 59 L om 1120 o6 nghiém ?

A. 20 B. 35 C. 30 D. 25

Loi giai:
251+\/1—x2 _ 2.51“/142 +1
51+\/1—x2 )

25t _p sl g
bat f(x)= 51+J§ > . Khi d6 phuong trinh ban dau < f(x)=m

Co lap m ta dwoc m =

Str dung Casio khao sat sy bién thién ctia d6 thi ham s6 y = f (x) véi thiét 1ap Start -1 End 1
Step 2

o (7] () 2] B (@ D #H (=) ) S ew 0] (23 & & =) (2] X (8] (@) (] (3 (=) (0] (=) (ew
OEeCHOOEMUBW@WHIHmOPE®EHR2EEE50E30E
@EEE

Math

e

Quan sét bang bién thién ta thdy f(x)< f(0)=25.043... hay m< f(0) vay m nguyén duong 16n
nhat la 25 = D la dap an chinh xac

Tong hop cdc chuyén dé luyén thi dai hoc Trang 344



Bién soan: Buii Trin Duy Tudn https://facebook.com/duytuan.qna

Bai todn 11: [Thi HK1 chuyén Amsterdam -HN nam 2017]
Tap gia tri ciia tham s0 m dé€ phuong trinh 5.16" —2.81" = m.36" c6 dung 1 nghiém ?

mS—\/E

A.m>0 B C. V6i moi m D. Khong ton tai m

' mZ\/E

Loi giai:
Co 1ap m ta duoc m = —5'163;x2'81

516" —2.81°

Dit f(x) w Khi d6 phuong trinh ban dau < £ (x)=m

Str dung Casio khao sat sy bién thién ctia d6 thj ham s6 y = f(x) v6i thiét lap Start -9 End 10

Step 1
fuond (7] (B) (5] X) (] (6) (=) (et} D & ) (2 X (8) (1) (=7 () ) @ (B (6] () (i ) B &)
HEE00E0E

Math

1

c]

Fiu
1389
3284
1yss

I y
g g
E | B

Quan sat bang bién thién ta thdy f(x) luon giam hay ham s8y = f(x) luén nghich bién.
Diéu nay c6 nghia 1a duong thang y =m ludn cat d6 thi ham s6 y = f (x) tai 1 diém = C chinh

Xac.

Bai todn 12: [Thi HK1 THPT Ng6 Thi Nham - HN nam 2017]
Phuong trinh log, x—log, (x - 2) =log ;; m v6 nghiém khi :

A . m>1 B. m<0 C.0<m<1 D. m<1

N e

Loi giai:
biéu kién : x> 2. Phuong trinh ban dau < log, (LZ] =2log, m < %log3 ( z 2] =log,m
x_

x_
x x
< log, E:log3m<:>m: >

D& phuong trinh ban dau vo6 nghiém thi duong thing y=m khong cat d6 thi ham s&

X
= X)=

y=f(x)=\5

Str dung Casio khao sat sy bién thién ctia d6 thi ham s8 y = f(x) v6i thiét 1ap Start 2 End 10

Step 0.5

g (@) (=) B o) D @ e ) @2 EE82E300E0MEE
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Math

Dé khao sat chinh xac hon ta tinh gi¢i han ctia ham f (x) khi x tiéntéi2 canla 2 va +o
(a) &) (e ) @ [ O) F @) ) D @I @ I E
o] Math &
&

R
1. 0odoonool

Vay lim =1

X—>+oc

EEEWN@EOERMN2HOCOMHCOO000DODAE

Math &
A

Rz
4472, 136067

Vay Iimf(x)=+oc

x—2"
Quan sat bang gia tri va 2 gioi han ta vé duong di ca d6 thi ham s6 y = f(x) va sy tuong giao
Mim =1

T

f(0)=8

Ta thdy ngay m <1 thi 2 d6 thi khong cat nhau hay phuwong trinh ban dau vo nghiém.
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D. BAI TAP TRAC NGHIEM

I. DE BAI
Cau 1. S8 giao diém cua d6 thi ham s8 y =—x* +2x* -1 véi truc Ox 1a

A. 3. B. 1. C. 2. D. 4.
Cau2. SO giao di€ém cua do6 thi ham s6 y = (x + 3)(x2 +3x+ 2) véi truc Ox 1a

A1, B. 3. C. 0. D. 2.
Ciu3. Duongthang y=x-1 cit dd thihamss y = ad _1 tai cac diém c6 toa d¢ la

x+
A. (0;2). B. (-1,0); (21).  C. (0;-1); (2;1). D. (1;2).

Caud. Dbthi (C):y=22"1
x+1

A. (2;-1); (—%;—2). B. (2;1); (—%;—4).
C. (-1, -5); @ oj. D. G;—zj.

Cau5. Chohamsd y=2x"—-3x” +1 c6 d0 thi (C) va duong thang d:y=x-1. S8 giao diém
cua (C) vad la

cat duong thang d:y =2x-3 tai cac diém c6 toa do la

A. 0. B. 1. C. 2 D. 3.
n o o e X —AX+3 . N
Cau 6. S0 giao diém ctia do thi ham s6 y = i va truc hoanh la
X+
A. 0. B. 1. C. 3. D. 2.
x?-2x-3

Cau7.  Giao diém gitta d6 thi (C):y = va duong thang (d):y=x+11a

A. A(Z;—l). B. A(O; —1). C. A(—l;z). D. A(—l;O).
Cidu8. Chohamsd y=x"-4x*-2 ¢4 do thi (C) va do thi (P): y=1-x>. S8 giao di€m ctia
(P) va do thi (C) 1a

A. 1. B. 2. C. 3. D. 4.
Cau9. Toa do trung diém I cta doan thang MN véi M, N la giao diém ctia duong thang
diy=x+1 vado thiham s5 (C):y = 2“12 a
x_
A. I(-1-2). B. I(-12). C. I(1;-2). D. I(1;2).
xX+2

Cau10. Tiém can ngang cua d6 thi hamsd (H):y = f ct d6 thi ham s& (C) cy=2x"—x"
X+

tai cdc diém co toa do la
A. (L1); (-L1). B. (1;1). C. (—1;1). D. (0;1).
Cau1l. D06 thihams§ y=x’-3x*+1 cat duong thang y=m tai ba diém phan biét thi tat ca

cac gia trj tham s6 m thoa man la
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Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 1e6.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

A. m>1. B. 3<m<1. C. 3<m<1. D. m<-3.
Duong thang y =m khong cat do thi ham s6 y = —2x* +4x* +2 thi tat ca cac gid tri
tham s6 m la

A. m>4. B. m>4. C. m<2. D. 2<m<4.

Vi tat ca gid tri ndo ctia tham s& m thi phuong trinh x* —2x* =m+3 ¢4 bon nghiém
phan biét?

A. me(—4;-3). B. m=-3 hodc m=—4.

C. me(—3;+oo). D. me(—oo;—4).

Tat ca gia tri cia tham s& m d€ phuong trinh x° —3x-m+1=0 c6 ba nghiém phan
biét la

A. -1<m<3. B. -1<m<3.

C. m=1. D. m<-1 hoac m > 3.

T4t ca gia tri ctia tham s8 m d&€ do thi (C):y=x*-3x*+2 cat duong thang d:y =m
tai ba diém phan biét la

A. 2<m<Q0. B. 2<m<2. C. O<m<1 D. 1<m<2.

T4t ca gia tri cia tham s8 m d& do thi (C):y=x* —2x* —3 cat duong thang d:y =m
tai bon diém phén biét 1a

A. 4<m<-=3. B. m<—4. C. m>-3. D. —4<m<—%.

Cho ham s8 y = x* —4x* -2 ¢6 d6 thi (C) va duong thang d:y=m. T4t ca cac gia tri

ctia tham s8 m d& d cat (C) tai bon diém phan biét 1a

A, 6<m<-2. B. 2<m<6. C. 6<m<-2. D. 2<m<e6.

T4t ca cac gid tri ciia tham s6 m d€ phuwong trinh x* —3x” +m =0 c6 bon nghiém

phan biét 12

A. 1<m<£. B. 0<m<2. C. —2<m<0. D. —1<m<£.
4 4 4 4

Cho ham s8 y =—x* +2x* + m . T4t ca gid tri ciia tham s6 m d€ d6 thi ham s da cho
cat truc hoanh tai it nhat ba diém phan biét 1a

A. O<m<1. B. -1<m<0. C. -1<m<QO. D. -1<m<0.
Choham s6 y =(x —2)(x2 +mx+m’ — 3) . Tat ca gia tri ctia thma s6 m d€ d6 thi ham

s6 da cho cét truc hoanh tai ba diém phan biét la
—2<m<?2 {—1<m<2
D. .

A, 2<m<-1. B. { . C. -1<m<?2.

m#—1 m#1

T4t ca gid tri cua tham s6 m d€ phwong trinh x* —2x* —=m+3 =0 c6 bdn nghiém phan
biét la

A. 2<m<3. B. 2<m<3. C. m=2. D. m>2.

T4t ca gia tri cia tham s6m dé€ phuong trinh x* —2x* —=m+3 =0 co hai nghiém phéan
biét la
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Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

B. m=>3.
D. m=3 hoac m=2.

T4t ca gia tri ciia tham s8 m d& d6 thi ham s y = —2x* +2x” +1 cat duong thang

A. m>3.
C. m>3hoac m=2.

y =3m tai ba diém phan biét la
A. lSmSl. B. m:l. C. msl. D. mzl.

2 2 3

Tat ca gid tri cua tham s6 m d€ do6 thi ham s& (C) ty=-2x+3x% +2m—1 cat truc
hoanh tai ba diém phan biét la

1 1 1

A, —<m<—. B. ——<m<l. C. O<m<l. D. OSmsl.
4 2 2 2 2 2

Tim tat ca cdc gid tri clia tham s6 m d€ phuong trinh x° —3x* +4+m =0 cd nghiém

duy nhat 16n hon 2. Biét rang do thi cia ham s6 y = —x° +3x” —4 13 hinh bén.

YA

v®

B. m<—4.
D. m<-4 hoac m=>0.

A. m>0.
C. m<—4.
TAt ca gia tri cia thm s6 m d€ phwong trinh x° —3x-m+1=0 c6 ba nghiém phan
biét, trong do6 cé hai nghiém duwong la

A. -1<m<1. B. -1<m<1. C. -1<m<3. D. -1<m<1.

Cho ham s8 y = -2x° +3x* -1 ¢6 d6 thi (C) nhw hinh vé. Dung db thi (C) suy ra tat
ca gia tri tham s m d& phuong trinh 2x° —3x* +2m =0 (1) 6 ba nghiém phan biét la

24

|
-

A. O<m<%. B. -1<m<0. C. 0sm<-1. D. -1<m<0.

Cho phuong trinh x° —=3x* +1-m =0 (1). Diéu kién ctia tham s& m d€ (1)cé ba

nghiém phan biét thoa x, <1< x, <x, khi
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A. m=-1. B. -1<m<3. C. 3<m<-1. D. 3<m<-1.
Cau29. Choham sd y=2x"-3x"+1 c6 d0 thi (C) va duong thang d : y =x-1. Giao diém cta
(C) va d Tan luotla A(1;0), B va C.Khi d6 khoang cach gitta B va C la

A. BCzT. B. Bng. C. BC=¥. D. BC=@.

2x ‘11 c6 d thi (C) va dudng thing d: y = 2x—3. Dudng thing d
X+

Cau30. Chohamss y=

cat (C) tai hai diém A va B.Khoang cach gitta A va B la

2 5 245 55

A. AB=—. B. AB=—. C. AB=——-. D. AB=——.
5 2 5 2

Cau3l. Chohams§ y=23—1
x+1

c6 d0 thi (C) va duong thang d: y =2x-m. Duong thang d
cat (C) tai hai diém A va B khi gid tri ctia tham s8 m thoa
A. —4-2J6 <m<—4+26. B. m<-4-26 hoic m>-4+26.
C. —4-2\6 <m<—4+26. D. m<—4-2y6 hodc m>-4+26.
Ciau 32. Choham sd (C) Y= Ll va duong thang d:y =x +m. Tap tat ca cac gia tri ctia
x_
tham s8 m sao cho (C) va d cét nhau tai hai di€m phan biét 1a
A. (-2;2). B. (—0;-2)u(2;+4x). C. R. D. @
Cau 33. Tap tat ca cac gia tri clia tham s& m d€ duong thang d:y = x +m* cat &6 thi ham s&
(C):y=—x"+4x tai ba diém phén biét la
A. (-11). B. (~o;1]. C. R D. (v2:42).
Cau 34. T4t ca gia tri tham s m d& d6 thi (C):y=x* cat d6 thi (P):y=(3m+4)x* —m® tai
bon diém phan biét la

A.me(ﬁa_gk{_gﬁﬂkmm+wy B. mec(-1,0)L(0;400).

4
C. me(—g;Oju(Oﬁoo). D. meR\{O}.

Cau35. Cho dd thi (C):y=2x"-3x"-1.Goi d la dudng thang qua A(0; —1) c6 hé s& géc
béng k. T4t ca gia tri k d& (C) cét d tai ba diém phan biét 1a

9 9 9 9
A 5<% B. ¥ 3. c. k<73, p. 1¥>3.
k0 k+#0 k#0 k+0

Cau36. Chohamsd y=x"—3x*+4 c6do thi (C). Goi d la dwong thing qua I(1;2) véi hé s8
gbc k. Tap tat ca cac gia tri ciia k dé d cét (C ) tai ba diém phéan biét I, A, B sao cho I

la trung diém ctia doan thang AB la
A. {0}. B. R. C. {-3}. D. (=3;+w).
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Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

V6i nhitng gia tri nao cta tham s6 m thi
(C,):y=x"=3(m+1)x*+ 2(m2 +4m +1)x—4m(m +1) cat truc hoanh tai ba diém phan
biét ¢4 hoanh do 16n hon 1?

A.%<m¢1. B.m>1. C.mZ%. D. m=#1.

Cho d6 thi (C):y =4x* —3x+1 va dwong thang d:y=m(x—1)+2. T4t ca gia tri tham
s& m d€ (C) cét d tai mot diém 1a
A. m=9. B. m<0. C. m<0 hoac m=09. D. m<QO.

Cho ham s8 y =25+
x+1

c6 d0 thi (C) va duong thang d:y = x+m . Gid tri ctia tham s&

m d& d cit (C) tai hai diém phan biét A, B sao cho AB=4/10 1a
A. m=0 hodac m=6. B. m=0.
C. m=6. D. 0<m<6.

Cho ham s8 y =25+
x+1

c6 d6 thi (C) va d:y=x+m.Gia tri cia tham s8 m d& d cat

(C) tai hai diém phan biét A, B sao cho tiép tuyén tai A va B song song véi nhau.
A. Khong ton tai. B. m=0. C. m=-3. D. m=3.

Gié tri nao ctia tham s& m dé& do thi (Cm) iy = (m —1)x3 +x* —m chi c6 mot diém
chung vdi truc hoanh?

A. m=1. B. m <0 hodc m>%.

C. m<Q0. D. m>é.

Cho ham s8 y=x"—-3x’—m—1 ¢6 do thi (C). Gia tri cia tham s& m dé& do thi (C) cat
truc hoanh tai ba diém phéan biét 1ap thanh cap sd cong la

A. m=0. B. m=3. C. m=-3. D. m=1=6.

2x+1

Choham s6 y = c6 d6 thi (C) va dwong thang d:y=x+m. Duong thang (d)

cat d6 thi (C) tai hai diém A va B.Véi C(-2;5), gia tri ciia tham s& m d€ tam giac
ABC déu la

A. m=1. B. m=1 hodac m=>.

C. m=5. D. m=-5.

Cho ham s8 y = x* —(2m—1)x* +2m c6 d6 thi (C). Tét ca céc gi trj chia tham s m dé
duong thang d: y=2 cat do thi (C) tai bon diém phan biét déu cé hoanh d6 16n hon
3 1a

A. mié. B. 1<m<£. C. 2 . D.
2 2 11
l<m<?2 1<m<?
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Cau 45.

Cau 4e6.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cho ham s6: y = x° +2mx* +3(m—-1)x +2 c6 d6 thi (C). Duong thang d:y = —x+2 cat
d6 thi (C) tai ba diém phan biét A(O ;—2), B va C.Véi M(3;1), gia tri cua tham s6
m d&tam gidc MBC c6 dién tich bing 24/7 1a

A. m=-1. B. m=-1 hoac m=4.

C. m=4. D. Khong ton tai m.

Cho &6 thi (Cm ) ry=x"—2x7 +(1 —m)x+ m . Tat ca gia tri cua tham s6 m dé€ (Cm) cht
truc hoanh tai ba diém phan biét c6 hoanh dd x,,x,,x, thoa x} +x; +x2 =4 1a

A. m=1. B. m=0. C. m=2. D. m>—i va

m#0.

\ A 1 3 2 2 7 A . A, 2 7 .7 . 2 A
Chohamssd :y = gx —mx —x+m+§ c6 do thi (Cm). Tat ca cac gia tri ctia tham s6 m
d€ (C,,) cét truc Ox tai ba di€m phan biét c6 hoanh do x,, x,, x, thoa
x2+x,+x; >15 la

A. m>1 hoac m<-1. B. m<-1.
C. m>0. D. m>1.

2_
Cho db thi (c):yz"—"l+1

va duong thang d:y =m. T4t ca cac gid tri tham s& m

46 (C) cit d tai hai diém phanbiét A, B sao cho AB=+/2 1a

A. m=1+x/g. B. m=1—\/g hoac m=1+«/g.

C. m=1—\/g. D. m<1 hoac m>3.

Cho ham s8 y:x_-i-?[ (C) va dudng thang d:y =—x+m. Gié tri cia m d€ d cat (C)
x_

tai 2 diém phéan biét x;x, théa man x’ + x> =22 la:

A. m=16 B. m=—4 C. m=6 D. CaBvaC.

Chohamss6 y = e _11 (C) Tét ca céc gi tri ctia m dé (C) cét truc Ox, Oy tai 2 diém
X+

phanbiet A, Bthéaman S,,, =1 la:

A. m:% B. mzi% C. m=+1 D. m=0;m=1

Choham 6 y = Ll (C) va duong thang d:y =mx. Gid tri cia m dé d cat (C) tai
X+

mot diém duy nhat la:
A m=0m=-4 B. m=-4 C. m=—4m=1 D. Dap an khac

x+3

Choham s6 y = (C ) Biét rang c6 hai gid tri ctia m 1a m, va m, d€ duong thang

x+1
d:y=x-m cat (C) tai hai di€m phén biét 6 hoanh do x;x, thoa man x; +x; =21.

Tich m m, bang?
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_10 C. -15 D. B
3 4

Cau53. Chohamsd y=x"-6x>+3 c6dod thila (C) .Parabol P:y=-x*-1 cat d6 thi (C) tai

A. -10 B.

bon diém phan biét. Téng binh phurong cac hoanh d6 giao diém ctia P va (C) bang
A. 5 B. 4 C. 10 D. 8

Cau54. Chohamsd y=x* —(m+9)x2 +9m (C) . Gia tri cua m dé€ (C) cit truc hoanh tai 4
diém phan biét déu cé hoanh d6 déu 16n hon 4 la:
A. m<16;,m=9 B. m>4,m=9
C. O0<m<16;m=9 D. O0<m<16;m=9

Cau55. Chohamsd y=mx*+ (m + 1)x2 +1 (C) Gié tri cia m dé& (C) cit truc hoanh tai 4 diém
phan biét la:
A. -1<m<0 B. -1<m<0 C. m>1 hoac m<-1 D. m=J

Cau56. ChohamsS y=x*~(m—-1)x’—m (C). Gié tri ctia m d€ (C) cat Ox tai 2 diém phan
biét c6 hoanh d6 x,;x, thoa man |x, |+ |x,| = 4 1a:
A m=-2 B. m=—4 C. m=4 D. m=1

Ciu57. Chohamsd y=x"-2x"+m (Cm ) . Tim tat ca cac gid tri thuc ctia tham s m sao cho
(Cm) cit truc tung tai diém M théa man OM =5.
A. m=+1 B. m=413 C. m==%2 D. m=15

Cau58. ChohamsS y=x*—mx*+m (C). Tim m &€ (C) cit Ox tai 4 diém phén biét
x;%,;%,;x, thbaman x; +x; +x; +x; =30 la:
A. m=6 B. m=5 C. m=8 D. m=3

Cau59. ChohamsS y=—x"+5x* -4 c6 do thila (C). Tim m d€ duong thing y =m cit d6 thi
(C ) tai bon di€ém phan biét theo tha tw A, B, C, D thoa man AB=BC=CD.

A. m:l B. m=—Z C. mzé D. ng.
2 4 4 2

Cau 60. Choham sd y=x’-3x"+3x+4 (1). Dudng thang (A):y =x+4 cdt do thi ham s3 (1)
tai ba diém phan biét A(O;4) , B, C. Tinh dién tich tam giac OBC, véi O la gdc toa do.

A. 2 B. 1 C.% D. \2

Cau6l. Chohamsd y=x’+(2- m)x2 +4m (1). S0 gid tri cia m d€ d6 thj ham s& (1) ct truc
hoanh tai ba diém phén biét A(-2;0),B,C sao cho AB* +AC* =12
A. 0 B. 1 C.2 D. 3

Cau 62. Choham sd y=x"+3mx* + 3(m +1)x+1 (1). Tim tat ca gid trj cia m duong d€ duong
thang (d):y =x-2 cat d6 thi ham s (1) tai ba diém phén biét A, B, C sao cho B 1a
trung diém cua AC, biét diém A c6 hoanh do b.?mg -1.
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A m=2 B. m=1 C. m= L m==

2
Cau63. Chohamsd y=x’+(2m+1)x*+mx—m (C, ). C6 tit ca bao nhiéu gid tri nguyén cua

N | W
o

m d€ dwong thang d:y =—2x—2 cit d6 thi ham s8 (C,,) tai ba diém phan biét c6
hoanh d¢ Ian lwot la x,,x,,x, thoa man diéu kién xf + x§ + x§ <17
A. 1 B. 5 C.3 D. 4

Cau 64. Goi d 1a duong thing di qua A(2; 0) c6 hé s8 goc m cat d6 thi
(C) :y=-—x"+6x>—9x+2 tai ba diém phan biét A, B, C. Goi B', C' lan lwot 1a hinh
chiéu vudng gbc ctia B, C 1én truc tung. Tim gia tri dwong ctia m d€ hinh thang
BB'C'C c6 dién tich bang 8.

A. m=2 B. m=1 C. m=

N |
vl

Lm==
2

Cau65. ChohamsS y=x"+x"+(m-3)x+1-m (1). Dudng thang (d):y=x-1 cit do thi (1)
tai ba diém phéan biét A(1;0),B,C.Ké (A)L(d) tai B, diém E(1;-2)e(A). Tim m biét
EC=10.
A. m= 3 B. m= 23
2 8
Cau 66. Chohamsd y=x"-3x"+4 (1). Goi (d) 1a duwong thang di qua M(1;2) vahé s6 goc

Q1

C. m=2 D. m=—

N

la k. Tinh tong gia tri ctia k d& duong thang (d) cat d6 thi ham s& (1) tai ba diém phan
biét M, A, Bd¢€ AB=2.0M
A. -2 B. -3 C.1 D. 0

Cau 67. Chohamss y=x"-2mx* +x—2m (1) . Goi A la giao diém cua d6 thi ham s& (1) véi
truc hoanh, tiép tuyén ctia d6 thi ham s& (1) tai A cat truc tung tai B. Tim gia tri ctia

m dwong d€ dién tich tam giac OAB bang 1, trong d6 O 1a gdc toa do.

A m=L B. m=-2 C. m=1 D. m:%

V2
Cau 68. Chohams6 y=x>-3x+1 c6 do thi (C). Trén (C) 14y hai diém A va B sao cho diém
M (2;9) la trung diém cta canh AB. Tinh gia tri ctia biéu thire P =y’ +y;
A. P=360 B. P=362 C. P=364 D. P =366
x+3

Ciu69. Chohamsd y= (C). Biét rang 6 hai gid tri ctia m 1a m, va m, d€ duong thang

x+1
d:y=x—m ct (C) tai hai diém phéan biét A va B thoa man AB = J34. Tong m, +m,
bang?

A. 2 B. 4 C. -6 D. -8

x+3
x+1
diém phan biét A va B thoa man AB nho nhat.

Cau70. Chohams6 y= (C) Tim m sao cho duong thang d:y=x—m cat (C) tai hai
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Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

Cau 76.

Cau 77.

Cau 78.

A. m=2 B. m=-2 C. m=4 D. m=—4
x+3

Choham s y =
x+1

(C). Tim m sao cho duong thang d:y=x—m cat (C) tai hai

diém phan biét A va B thoa man diém G(2;-2) la trong tim cua tam giac OAB.
A. m=2 B. m=5 C. m=6 D. m=3

2x -1
x+1
diém phan biét A, B. Tinh dién tich cia tam gidc ABC v6i C(—4;-1).

A. S=23 B. 5=/ C. S=33 D. S=63

x+3
xX+2

Choham s y = (1) Puong thang d:y=—-x+1 cat d6 thi ham s& (1) tai hai

Choham s6 y =

(1). Tinh tong tat ca cac gia tri ctia m d& duong thang

d:y=2x+m catdd thi ham s& (1) tai hai di€m phan biét A, B va cat tiém can dtng
tai M sao cho MA? + MB* =25.
A. -2 B. 9 C. 10 D. -6

Choham s6 y =x* —2mx* +1 (Cm ) Tim tat ca cac gia tri thue cua tham s8 m sao cho
(Cm) cat truc hoanh tai bon diém phan biét c6 hoanh dd X,,X,,X,,%, théa man

X7 +x5+x5 +x; =8.

A. m=2 B. m=3 C. m=1 D. m=4

Db thi (C,,) cuaham s§ y =x* —2mx* +1 cat truc hoanh tai bon diém phan biét c6
hoanh d6 x,,x,,x,,x, theo thit tw 1ap thanh mot cap s6 cong. Biét r:?mg gia tri m thoa
man diéu kién trén c6 dang % véi a,b>0 va % la phéan s0 tdi gian. Tinh gia tri cua

biéu thirc P = a* +2b*.
A. P=41 B. P=43 C. P=57 D. P=59

Cho ham s6 y =x* —(Sm + 2)3(2 +3m+1 (Cm ) Tim tat ca cac gia tri thue cua tham sd

m sao cho (C ) cét truc hoanh tai bon diém phan biét c6 hoanh d6 nhé hon 2.

A. miO,—l<m<1 B. —l<m<l C. mEO,—l<m<1 D. —1<m<1

2 2 2 3 3
Cho ham s& y=x4—2(m—1)x2+3m—9 c6 d6 thi la (Cm) Tinh gia tri ciia m d€ d6 thi
(Cm) cit truc hoanh tai bdn diém phan biét A, B, C, D théaman x, <x, <x.<Xx, va
tam gidc MAC c6 dién tich bang 2 v6i M(5;1).
A. m=6 B. m=3 C. m=9 D. m=4
Cho ham s8 y = x* —mx* +1 (1). Goi m la gia tri d€ duong thang d:y=2x+1 cat do

thi ham s& (1) tai bon diém phén biét. Biét m <5, s cac sd nguyén m can tim la:
A. 1 B. 2 C.3 D. 4
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Cau 79.

Cau 80.

Cau 81.

Cau 82.

Cau 83.

Cau 84.

Cau 85.

Cau 86.

Cau 87.

Tim tat ca cac gia tri cua tham s& m d€ d6 thi ham s6 y = x* —(Zm + 1)x2 +m?+m cit
truc hoanh tai 4 di€m phan biét 4, b, ¢, d théa man a* +b* +¢* +d*> =26.

A. m=-2 B. m=6 C. m=3 D. m=-3

Tim t4t ca cac gid tri ciia tham s6 m d& d6 thi ham s8 y=x* —2x* cat duong thang
y=m tai 2 diém phan biét.

m>0 m=0
A. m>-1 B. m>0 C. D.
m=-1 m=-1

Cho ham s6 y =x” —3x”> —4x+3 ¢4 d6 thi (C). Trén (C) 1dy hai diém A va B ddi xting
nhau qua truc tung. Tinh gia tri cua biéu thitc P =y’ + 2y

A. P=108 B. P=147 C. P=192 D. P=243

Cho ham s8 y = x” —2x+m ¢6 do thi (C,, ). Tim m sao cho (C,, ) cat truc tung tai M
thoa man diéu kién OM =4.

A. m=+=1 B. m=+2 C. m=43 D. m=+4

Cho ham s8 y =x*—2mx* +1 ¢6 d6 thi (C,, ). Tim m sao cho (C,,) cat duong thang
d:y=x+1 tai ba di€ém phan biét c6 hoanh d6 x,x,,x, thoaman x, +x, +x, =2017

2017 2017

A. m B. m=1008 C. m D. m=1009

Cho ham s8 y =x* —2mx* +1 ¢6 d6 thi (C,, ). Tim m sao cho (C,,) cat duong thang

d:y=x+1 tai ba di€ém phan biét c6 hoanh d6 x,x,,x, théoaman y, +y, +y, =2017

A. m:202l B. m=1007 C. m:¥ D. m=1009

Cho ham s8 y =x> —3x* —mx+3 c6 d0 thi (Cm ), Ky hiéu ¢ 1as0 gia tri cia m thoa
man (Cm) cit truc hoanh tai ba diém phan biét c6 hoanh d6 x,, x,,x, theo thit tir lap
thanh mot cdp s6 cong. Tim ¢ .

At =1 B. t =2 C.t =3 D. t =0

Choham s8 y =x> -7x*> +14mx -8 ¢4 do thi (Cm ), Ky hiéu ¢ _1as0 gia tri cia m thoa
man (Cm) cit truc hoanh tai ba diém phan biét c6 hoanh d6 x,, x,,x, theo thit tir lap
thanh mot cdp s6 nhan. Tim ¢ .

At =1 B. t =2 C. t =0 D.t =3

Cho ham s8 y = x” =2mx*+1 ¢6 db thi (C,, ). Tim m sao cho (C,,) cat duong thing
d:y=x+1 tai ba diém phéan biét A, B, D v6i D 1a diém cé hoanh d6 khéng déi, thoa
man trung diém M ctia canh AB nam trén duong thang A: x+y-2017 =0

A. m=1007 B. mzy C. m=1008 D. mzﬂ

2 4
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Cau88. Chohamsg y=x"—2mx*+1 c6 d6 thi (C,, ). Tim m sao cho (C,) cat duong thang

d:y=x+1 tai ba diém phéan biét A, B, D v6i D 1a diém cé hoanh d6 khéng déi, thoa
man AB=2+/34
A. m=+1 B. m=12 C. m=43 D. m=144
Cau 89. Trong mat ph:—fmg voi hé toa do Oxy, xét hinh vudng (V) tam O, hai duong chéo nam
trén hai truc toa do va (V) c6 dién tich b:fmg 2. Xac dinh s6 giao diém ctuia hinh vudng
(V) va d6 thi cia ham s8 y = x> —4x +3
A. 1 giao diém B. 2 giao diém C. 3 giao diém D. 4 giao diém
x+3
x+2

Cau90. Chohamsd y= (1) Goi m 1a gié tri d€ duong thang d:y =2x+3m cat do thi

ham s5 (1) tai hai diém phan biét A, B théa man OA.OB = % véi O 1a gbc toa d6. Gid

tri ciia m bang;:

A.E B. 1 C.l
2

D. 2

2x -1
x+1
cat d6 thi ham s& (1) tai hai diém phan biét A, B sao cho I la trung diém ctia AB. Gia

tri ctia k bang

Ciu91l. Chohamsd y=

(1). Dudng thang d di qua diém 7(-2;1) va c6 hé s goc lak

A1l B. -1 C. 1 D. 1
7 5
Cau 92. Tim t4t ca cac gi tri ctia tham s8 m d&& duong thang y = X*2 4 duong thang
y=x+m tai hai diém cé hoanh d6 déi nhau.
3 3
A. m=1 B. m=— C. m=3 D. me{2;3;,—
4 4
A \ A |x|_2 \ \ < 2 .7 . B A? \
Cau 93. Choham so (C) Y= | | N va duong thang d:y =m"+1. Gia tri cia m dé duong
x f—
thdng d va do thi (C) c6 hai diém chung la:
A. mG(—OO;—l:|U(2;+OO) B. me(—o0;1)U(2;+0)
C. me(—0;-1)u(L;+) D. m e(—o0;—=1)U(1;+0)\{0}

Cau94. Choham s6 (C) 'y :‘21)6_

3 va duong thang d : y = m” +1. Gia tri ciia m d€ duong

thdng d va do thi (C) c6 hai diém chung la:
A. me(-o;+0)\{2} B. me(0;+0)\{2}
C. me (—oo; +oo)\{1} D. me (—oo; —1)u(—1;1)u(1; +oo)
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Cau 95. Tim tat ca cac gia tri ctia tham s8 m d& d6 thi ham s& y = mx* +2x° +3 cit duong
thang y =5x+m tai duy nhat 1 diém.

A. m:l B. m=0 C. mz—é D. l;«r&m>0
4 4 4

Cau 96. C6 bao nhiéu gia tri thirc ctia tham s& m d&€ d6 thi ham s y =x* —m’x* +3 cat duwong
thang y = (1 -m’ ) x+3 tai 3 diém phan biét.
A. 0 B.1 C. 2 D. 3

Cau 97. Cdbao nhiéu gia tri thye cua tham s6 m d€ d6 thi ham s6
y= (x2 —1)2 —(m + 1)2 (1 - m)2 cat truc hoanh tai 4 di€m phan biét c6 hoanh d6 twong
tng lap thanh 1 cap s6 cOng.
A. 1 B. 2 C.3 D. 4

Cau 98. Tim t4t ca cac gia tri ctia m d& duong cong y = x* —40x” +6m cit truc hoanh tai bén

diém A, B, C, D sao cho AB=BC =CD.

A. m=24 B. me{2;3} C. me{1;5} D. me{0;§}
9

Cau99. Tim tat ca cac gia tri cia m d€ d6 thi ham s6 y=x" — 2(m + 1)x2 +2m+1 cit truc
hoanh tai bon diém phan biét ¢ hoanh dd 1ap thanh mét cap s6 cong.
A. m:i\/g B. me{2;3} C. me{—g;él} D. me{1;5}
4
Cau 100. Chohamsd y = %—33(2 +§ c6 do thi la (C) . Cho diém A thuoc d06 thi (C) c6 hoanh
d61a 1. Tiép tuyén cua (C) tai A cit d6 thi (C) tai diém B. Tinh d¢ dai doan thing
AB

A. Je5 B. 2V17 C. 265 D. 417
Cau 101. Tim t4t ca cic gia tri cia m d€ &6 thi ham s§ y=x°+1 cat duong thang y = m(x+1)
tai hai diém phan biét.

A. m=3 B. m:é C. me 3;é D. me 2;3;E
4 4 4

Cau 102. Tim t4t ca cc gid tri ctia tham s8 m d& duong cong v =x° +mx* —x—m cét truc
hoanh tai ba diém phéan biét.

A. m#+l B. m:é C. m#+3 D. me{1;5}

4

Cau 103. Tim gi4 trj cia m d€ duong cong y = x° —2x* +(1-m)x+m cat truc hoanh tai ba diém
phén biét c6 hoanh do x,x,,x, thoa man x7 +x; +x; <4

A. me{2;3} B. —i<m<1;m;t0 C. m=1 D. —i<m<1
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Cau 104.

Cau 105.

Cau 106.

Cau 107.

Cau 108.

Cau 109.

Cau 110.

Tim gia tri cia m d€ duong cong (C ) cy=x>+mx* +1 cat duong thang y=-x+1 tai
ba diém phan biét A(O;l) B, C sao cho cac tiép tuyén cua (C) tai B va C cua duong
cong vudng goc voi nhau.

A. m:i\/g B. me{2;3} C. me{3;4} D. me{l;S}

Tim tat ca cac gia tri ctia tham s6 m d€ duong cong y = 2x* —3mx* +(m - 1)x +1 cat
duong thang y=2x+1 tai ba diém phan biét A, B, C thoa man diém C (O; 1) nam
gitta A va B, dong thoi doan thing AB c6 do dai +/30

A. mzi\/g B. me{2;3} C. me{O;g} D. me{1;5}

Choham s8 y =x +2m’ +3(m —1)x+2 c6 d6 thi (C). Cho diém M(3;1) va duong
thang d:x+y-2=0.Tim c4c gid tri cia m d& duwong thang (d) cat do thi (C) tai 3
diém A(0;2) , B, C sao cho tam giac MBC c6 dién tich bang 26

m=-1
A. m=1 B. m=4 C. m=-1 D. [

m=4
Cho ham s6 y=x>—6x" +9x—6 c6 d6 thi 1a (C). Tim m d& duong thing
d:y=mx—2m—4 cat (C) tai 3 diém phan biét
A. m>-3 B. -1#m<-3 C.1#m>-3 D. m=-3
Cho ham s6 y = x> —3x” +1 ¢ do thi 1a (C). Tim m dé& duong thang
d:y=(2m-1)x—4m-1 cat (C) tai 2 di€m phan biét.

A. —§<m<l B. m:—E C. m:—éhoélcm:l D. m:l

8 2 8 8 2 2

Chohams6 y=x° - (m + 3)3(2 +4mx—m? c6 d6 thila (C). Tim m dé (C) cit truc hoanh

tai 3 diém phan biét A, B, C sao cho x% +x; +x. =8

A. m=0 B. m=1 C. m=-1 D. m=2

Cho ham s8 y=x>—5x" +3x+9 ¢6 d6 thi la (C). Goi A la duong thing di qua

A(—l;O) vacohésd goclak Timk dé A cat (C) tai ba diém phéan biét A, B, C sao

cho tam giac OBC c¢ trong tam G(2; 2) véi O la goce toa do.
1 -3 1

A, — B. — C. — D.
4 4 4

IS
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II. DAP AN VA HUONG DAN GIAI

1C 2B 3C 4B 5D 6D 7D 8B 9D 10A
11C 12A 13A 14A 15B 16A 17C 18B 19B 20B
21A 22C 23D 24C 25C 26D 27A 28C 29B 30D
31D 32C 33D 34C 35B 36D 37D 38D 39A 40A
41B 42C 43B 44D 45B 46A 47A 48B 49D 50B
51B 52C 53C 54D 55D 56B 57D 58B 59B 60A
61B 62C 63A 64A 65C 66B 67D 68B 69B 70C
71C 72D 73C 74A 75B 76C 77A 78B 79B 80C
81D 82D 83A 84B 85A 86A 87C 88D 89B 90A
91B 92A 93D 94D 95A 96C 97D 98A 99C 100D
101C 102A 103B 104A 105C 106D 107C 108C 109B 110D
Caul. ChonC.
Phuong trinh hoanh do giao diém: —x* +2x* -1=0 <x’ =1 ©x=1vx=-1.
Vay s0 giao diém la 2.
Cau 2. Chon B.
x=-1
Giai phuong trinh (x+ 3)(x2 +3x+ 2) =0 |x=-2
x=-3
Vay s0 giao diém la 3.
Cau 3. Chon C.
Lap phuong trinh hoanh d¢ giao diém (P).
=-1
Thé vao phuong trinh y =x—1 dwgc tung d6 twong ting [y =
y =
Vay chon (0;-1), (2;1).
Cau 4. Chon B.
. . A e 2x—1 x#-1 x=2
Phuong trinh hoanh do giao diém: =2x-3 <9, 1
x+1 2x"-3x-2=0 X=——
2
5o . A o y=1
Thé vao phuong trinh 2x -3 dwoc tung do twong tng;: 4
y=-
A (1
Vay chon (2; 1) vau (_E; —4).
Cau 5. Chon D.

Phuong trinh hoanh d¢ giao diém
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Cau 6.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

x=1
20" -3¢ +1=x-162x° -3¢ ~x+2=0& (x-1)(2x* ~x-2)=0 & le—;/ﬁ
x_1+\/ﬁ
L 4
Vay s6 giao diém la 3.
Chon D.
2 -1
Phuong trinh hoanh d6 giao diém ﬂzO@ =
x+2 =3
Vay s0 giao diém la 2.
Chon D.
x> —2x-3

Lap phuong trinh hoanh d¢ giao diém =x+lox=-1=y=0.

x—1
Vay chon (—1; 0).

Chon B.

Phuong trinh hoanh d¢ giao diém:

2= 3+\/_ 3+ 3 3+x/ﬁ

xt—4x* - 2=-x*+1x"-3x*-3=0<

=3
2
Vay s0 giao diém la 2.
Chon D.
, =3=>y=4
Lap phuong trinh hoanh d6 giao diém =72 = x+1e| ™ "~ Y™% S (1;2).
x-1 x=-1=y=0

Vay chon I1(1;2).
Chon A.

Tiém can ngang ctia d6 thi ham s6 (C ') 1a y =1. Phuong trinh hoanh d% giao diém

x=1
2t —x’=lex =1l

=>y=1.
x=-1 Y

Vay chon (1;1), (-11).

Chon C.
Lap phuong trinh hoanh d6 giao diém: x° —3x*> +1=m
Tacod: y'=3x"-6x ; y'=0<x=0v x=2.
Bang bién thién:
X ‘ —00 0 2

+00
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Cau 12.

Cau 13.

Cau 14.

Cau 15.

y' + 0 - 0 +

Do d6, d6 thi cat dwong thang y =m tai ba diém phan biét khi -3<m<1.
Vay chon -3<m<1.
Chon A.
Lap phuwong trinh hoanh d6 giao diém: —2x* +4x* +2=m
Tacd: y'=-8x"+8x ; y'=0=x=0vx=1lvx=-1.
Bang bién thién:
X | —© -1 0 1 +oo
y - 0

NG

Do d6, duong thang y =m khéng cat 6 thi ham s khi m > 4.

4

Vay chon m > 4.
Chon A.
Ta khao sét ham s8 (C):y =x* —2x* tim duoc y, =1, y, =0.
Yéu cau bai toan< -1<m+3<0< -4<m<-3.
Vay chon m e (—4; —3) .
Chon A.
Phuwong phap tu luan:
Ta khao satham s8 (C):y =" —3x+1 tim duoc yq, =3, yo, =-1.
Yéu cau bai toan < —1<m<3.Vay chon -1<m<3.
Phuong phap trac nghiém: Ta kiém tra triec tiép dap én
+Véi m =2, gidi phuong trinh x° =3x-1=0 ta bAim mdy duoc ba nghiém = loai C,
D.
+V6i m=-1, giai phwong trinh x° —-3x+2=0 ta bAm may duoc hai nghiém = loai B.
Vay chon -1<m<3
Chon B.
Bang bién thién:
X |- 0 2 +00

1

y + 0 - 0 +

DPuong thang d:y=m cét (C) tai ba diém phan biét khi: 2<m<2.

Vay chon 2<m<2.
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Cau 16. Chon A.
Bang bién thién
X | —o0 -1 0 1 ~+00
¥y’ - 0 + 0 - 0
-3

N

Puong thang d:y=m cat (C) tai bon diém phan biét khi -4 <m<-3.

Vay chon 4<m<-3
Cau17. Chon C.
Xéthams6 y=x"—4x*-2
Tinh y'=4x’ - 8x
x=0=>y=-2
Cho y'=0< 42’ —8x=0<|x=\2=y=—6 .
x=—x/E:>y=—6
Bang bién thién:
x |- N5 0 J2 +0
0

+

¥ -0+ 0 -

) +O\ . /—2 \“6 -

Dua vao bang bién thién suy ra -6 <m <-2.

Vay chon -6 <m<-2.
Cau 18. Chon B.
Phuong trinh < m =—x*+3x*. Dt (C):y=—x*+3x> va d:y=m

J6
=

Xétham s8 y =—x*+3x*. Tacdy'=—4x" +6x; y'=0<:>x=0vx=76v x=-

Bang bién thién:

X | —o0 _ & 0 ﬁ +o00
2 2
Vv + 0 - 0 + 0 -
9 9
4 4
Yy
—o0 0 -0

Phuong trinh cé bdn nghiém phan biét < d cat (C) tai bdn diém phan biét <

9
0<m<Z.
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Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Vay chon 0<m<%

Chon B.

Phuong trinh hoanh d6 giao di€ém: —x* +2x* +m=0 < m=x* —2x7.

Dat (C):y=x"-2x>vad:y=m

Xétham s6 y =x* —2x°.

Tacd y'=4x’—4x ; y'=0x=0vx=-1vx=1.

Bang bién thién:

X | —o -1 0 1 +00

V 0 + 0 - 0

0

Nl

D? thi ham s6 da cho cét truc hoanh tai it nhat ba diém phan biét khi -1<m<0.

Vay chon -1<m<0.

Chon B.

Phuong trinh hoanh d¢ giao diém: (x - 2)(x2 +mx+m’ — 3) =0 (1)
x=2

=
x> +mx+m’-3=0 (2)

Dé& d6 thi ham s8 da cho cét truc hoanh tai ba diém phan biét < Phuong trinh (1) co
ba nghiém phan biét <> Phuong trinh (2) c6 hai nghiém phan biét khac 2

2<m<2

m#=-1 m=-—1

m*+2m+1#0

A>0 B3m*+12>0 2<m<2
=N
4+2m+m*=3%0

. Vay chon {
Chon A.

Tuong tw ta khao sat ham s8 (C):y = x* —2x* +3 ta tim duoc y., =2,y =3.

Yéu cau bai todn < 2<m<3.Vay chon 2<m<3.

Chon C.

Phuwong phap tu luan:

Twong tu ta khao sat ham s6 (C):y =x* —2x* +3 ta tim duoc y., =2,y, =3.

Yéu cau bai toan < m=2vm>3. Vay chon m=2vm>3.

Phuong phép trac nghiém:

+V6i m =3, ta giai phuong trinh x* —2x* =0 < x=0v x =2 vx=—2 =1loai B, D.
+V&i m =2, ta gidi phuong trinh x* -2x* +1=0< x=1vx=-1= loai A.

Chon D.

Phuwong phap tu luan:

Khao sat ham s§ (C):y =—2x* +2x* +1 tim duoc y., =1, ¥, = >
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Cau 24.

Cau 25.

Cau 26.

Yéu cau bai toan <:>3m:1<:>m:%.Véychon m:%.

Phuong phép trac nghiém:

2

+Véi m :%, ta giai phwong trinh —2x* +2x* —%zO = =7vx=—72:>10ai B, A.

+V6i m=0, ta giai phuwong trinh
2_1+\/§
s 1+\/§vx__ 1443

2
f—
2 _1-43 2 2
2

2x'+2x* +1=0< = loai C.

Vay chon m = %

Chon C.
Phuwong phap tu luan:
Phuong trinh hoanh do giao diém cta (C) va truc Ox: —2x° +3x* +2m-1=0. Ta

khao sat ham s6 (C'):y =2x° —3x* +1 va cling chi la im y_,,y.;. Cu thé
yCDzl,yCT:0.Dodéyéuc‘éubéitoén@0<2m<1<:>0<m<%.Véychon O<m<%

Phuong phép tric nghiém:
-1

+Véi m=0, ta cd phuong trinh —2x° +3x* -1=0 < X ~ ) = l0aiB,D.

x=1
+Vé6i m=0.1, ta c6 phwong trinh —2x° +3x* —0.8 =0 ¢4 3 nghiém = loai C.
Chon C.
Tac6 x°=3x*+4+m=0 (*). Xem phuong trinh (*) 1a phwong trinh hoanh d giao
diém cta d6 thi ham s8 (C):y = —x° + 3x” —4 va duong thang d:y =m. S giao diém
ctua (C) va d la s nghiém cua (*). Dua vao d6 thi ham s, yéu cau bai toan <
m<-4.Vay chon m<-4.
Chon D.

Phuwong phap tu luan:

Ta ¢ d6 thi cia ham s6 y = x° —3x +1nhu hinh
bén.

Dua vao do thi ta tim duoc két qua dé do thi L3
cat ham s6 tai ba diém phan biétla —1<m <3. /N

N

-1

V6i x=0=y =1 nén yéu cau bai toan /

v*

< -1<m<1.Vay chon -1<m<1.
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Cau 27.

Cau 28.

Cau 29.

Phuong phap trac nghiém: Xét m =1, ta dugc phuong trinh x°> -3x =0 <

khong du hai nghiém dwong = loai A, B, C. Vay chon -1<m <1.

Chon A.

x=0

Phuong trinh (1) < —2x° +3x* —1=2m -1 1a phrong trinh hoanh d6 giao diém ctia

d6 thi (C) va d:y=2m-1 (1 dwong thing song song hodc trung véi Ox).
Phuong trinh c6 ba nghiém phan biét <> (C) cat d tai ba diém phan biét <

-1<2m-1<0 <:>O<m<%.VéychQn 0<m<%.

Chon C.

Phuwong phap tu luan

Ta c6 x° —3x* +1-m =0 la phuong trinh hoanh
d6 giao diém gitra hai d6 thi ham s6
y=x>-3x+1 va y=m (la duong thing song
song hodc trung véi Ox ).

Xét y=x"-3x>+1.Tap x4c dinh: D=R.

Tinh y'=3x" -6x.

Tacd y' =0 3x:—6x=0<s| 0¥
x=2=>y=-3

Tacd x=1=y=-1

vA

\ &

Dua vao d6 thi, s6 nghiém ctia phuong trinh (1) chinh 1a s6 giao diém cua d6 thi

y=x"-3x*+1 va duong thang y=m.
Do d6, yéu cau bai todn < -3 <m<-1.

Phuong phéap trac nghiém

Chon m =2thay vao (1) tim nghiém bang may tinh. Ta nhan thay (1) chi c6 mot

nghiém. Suy ra loai duwoc dap an B.

Tiép tuc thir m=-1 thay vao (1) tim nghiém bang mdy tinh. Ta nhan thay (1) c6 ba

nghiém nhung c6 mot nghiém bang 1. Suy ra loai A.

Tiép tuc thit m=-2 thay vao (1) tim nghiém bang mdy tinh. Ta nhan thdy (1) c6 ba

nghiém thoa yéu cau bai toan. Suy ra loai D.
Vay C la d4p 4n can tim.

Chon B.

Phuwong phap tu luan

Phuong trinh hoanh d6 giao diém cta d6 thi (C) va duong thang d

2x° 3% +1=x-12x*-3x>—x+2=0

x=1
(-2 -x-2)=0|
2% —x-2=0 (1)
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Khi d6 ta cé 4(1;0), B(x;;x, —1)va C(x,;x, —1) (x,,x,la nghiém cua (1))

Taco BC=(x,—x,;x,—x,), suy ra

BC:\/(xz_x1)2+(x2—x1)2 =\/2(x2—x1)2 =\/2(x2+x1)2—4x1x2 = /2(%+4j :@'

Phuong phéap trac nghiém

Phuong trinh hoanh d6 giao diém

2x° =3x* +1=x-12x" -3x* —x+2=0.

- Nhap may tinh tim nghiém phuwong trinh bac ba.

- Gan hai nghiém khac 1 vao Bva C.

- Nhap mdy X -1. Dung lénh CALC tim tung d¢ cua diém B va C gan vao hai bién

V34

D va E.Khi d6 BC =+/(C-B)? +(E- D)’ ===

Cau 30. Chon D.
Phuong phap tu luan
Phuong trinh hoanh d6 giao diém ctia d6 thi (C) va duong thang d

a1 x=2=y=1 = A®2])

2 A A < 1 B 1
2x 3x-2=0 x——§:>y——4: =B —5,—4

55 55

Tacod @:(—g;—Sj.Suyra AB:T.VéyChQn ABzT.

2x -1
x+1

:2x—3<:>{

Phuong phéap trac nghiém
2x-1

Phuong trinh hoanh d6 giao diém: n
x+

=2x—3 (x#-1).

Dung lénh CALC ctia may tinh, ta im duoc hai nghiém ctua phwong trinh Tan luot la

5V5

x=2va x:—%. Suy ra A(2;1) va B(—%;—élj.Dfmg may tinh thu dwoc AB=T5.

Vay chon AB= # .
Cau31. Chon D.
Phuwong phap tu luan
Phuong trinh hoanh d6 giao diém ctia d6 thi (C) va duong thang d:
2x—1
x+1

=2x-m (x#-1)<2x* -mx+1-m=0 (1)
Yéu cau bai toan < (1) c6 hai nghiém phan biét khac -1

J— 2_ _
o JA=m =81 m)>0©m<_4_2\/3vm>—4+2\/3.
2+m+1-m#0

Vay chon m < _4_2\/6 hoac m > —4+2\/g.
Phuong phap tric nghiém
Phuong trinh hoanh d9 giao diém ctia d6 thi (C) va duong thang d:
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2x—1

=2x-m (x#-1) <2x* —-mx+1-m=0 (1)
x+1

Chon m =0 thay vao (1) tim nghiém bang may tinh, ta nhan thay (1)vo nghiém. Suy
ra loai duoc A va C.
Tiép tuc chon m=—4+ 26 thay vao (1) tim nghiém bang may tinh, ta nhan thay (1)
c6 nghiém kép. Suy ra loai B.
Vay chon m < _4_2\/6 hoac m > —4+2\/g.

Cau32. ChonC.
Phuong trinh hoanh d6 giao diém cta d6 thi (C) va duong thang d:

X
Tl:x+m<:>x2+(m—2)x—m20 (1)
C) cit d tai hai diém phan biét< (1) c6 hai nghiém phan biét

=

—

< A>0e m’ +4>0 (ddng véi moi m).
Vay chon R.
Cau 33. Chon D.
Phuong phap tu luan:
Phuong trinh hoanh d6 giao diém cua do thi YA
(C) va duong thang d:
X +dx=x+m’ < X +3x=m’ 1

Ta khao sat ham so (C) cy=-x"+3x ¢6do 2 of 1 \:2

\ A

thi sau nhw hinh bén.

Tim duwoc y., =-2, Y =2 nén yéu cau bai
toan

o2<m’<2e2<m<2.

Vay chon —\/E <m< \/5
Phuong phap tric nghiém:

+ V6i m=-3, ta cd phuong trinh —x° +3x—9 =0, bAm mdy tinh ta chi tim dwgc mot
nghiém = loai B, C.

+ V6i m=1.4, ta cé phuong trinh —x° +3x-1,4* =0, bAm may tinh ta ra dwgc ba
nghiém = loai A.
Vay chon —/2 <m<A2.

Cau34. ChonC.

Phuong trinh hoanh d¢ giao diém caa (C) va (P) Ia:
x*=Bm+4)x* —-m* o x* —(Bm+4)x* +m* =0 (1).

(C) cdt (P) tai bdn diém phén biét <> Phuong trinh (1) c6 bén nghiém phan biét
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Cau 35.

Cau 36.

A>0 5m* +24m+16>0 m<—4vm>—g
SIP>0 <ym* >0 —Im=£0 o)m>—
5>0 3m+4>0 4 m =0

m>——
3
Vay chon 5
m#0
Chon B.

Phuong trinh duong thang d:y=kx—1.

Phuong trinh hoanh d6 giao diém ctia d6 thi (C) va duong thang d:
=0 1

2032 ~1=kr—1 &x(2x ~3x-k) =0 | _ m

2x" -3x—k (2)

(C) cét d tai ba diém phan biét <> Phurong trinh (2) c6 hai nghiém phén biét khac 0

9

A>0 k>-—=
lo—k=0 " 8-
k= k#0

9

Vay chon k> 8.
k+0

Chon D.
Phuwong phap tu luan:
Phuong trinh d:y = k(x—1)+2 :
Phuong trinh hoanh d6 giao diém ctia d6 thi (C) va duong thang d:
=33t +d=ky—k+2 < x* -3 —kx+k+2=0 (1)

x=1
<:>(x—1)(x2 —2x—k—2)=0<:> x2 —2x—-k=2=0 (*)

8(x)

d cét (C) tai ba diém phén biét < Phuong trinh (*) ¢6 hai nghiém phan biét x,;x,
khac 1

A;>0 k+3>0
= S S k>-3
g(l);tO 3-k#0

X +x,=2=2x,

Hon nita theo Viet ta c6 { nén I la trung diém AB.

v+, =k(x +x,)-2k+4=4=2y,
Vay chon k>-3, hay (-3;+x).

Phuong phép trac nghiém:

Ta tinh toan dén phwong trinh (1)
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Cau 37.

Cau 38.

Cau 39.

+V6i k=-2, ta gidi phuong trinh x° —3x* +2x =0 thu duoc x, =2,x, =0,x, =1.
L X tx,=2=2x, . . . o, .
+ Hon nira nén [ la trung diém AB = loai A, C ttr do ta loai dwoc B.
Yi+Y, =4=2y,
Vay chon k>-3.
Chon A.
Phuong trinh hoanh d6 giao diém caa d6 thi (C) va truc Ox:
2 =3(m+1)x* +2(m* +4m+1)x—4m(m+1)=0
<:>(x—2)(x2—(3m+1)x+2m2+2m)=0
=2
x—2=0 *
) ) S| x=2m
x*=Bm+Dx+2m~ +2m=0
x=m+1
1 1
1<2m#2 5 <M )
Yéu cau bai todn< < 1<m+1#2 << 0<m#1 < —<m=1.
2m#m+1 m=1
N 1
Vay chon E<m;t1.
Chon D.
Phuong trinh hoanh d6 giao diém (C) va d 1a 4x° —3x+1=m(x-1)+2

x=1

o4 —(m+3)x+m-1=0 < ,
4x" +4x-m+1=0 (1)

(C) cit d tai mot diém < Phuong trinh (1) vO nghiém hay phuong trinh (1) co
nghiém kép bang 1

A'<0 4m <0

< [A'=0 <) |d4m=0 &m<0.
{4+4—m+1=0 {m=9

Vay chon m <0.

Chon A.

Phuwong phap tu luan

Phuong trinh hoanh d9 giao diém ctia d6 thi (C) va duong thing d
2x+1 x#-1
=X+m<
x+1 x> +(m-Dx+m-1=0 (1)
Khi d6 d cat (C) tai hai di€m phan biét A, B khi va chi khi phuong trinh (1) ¢6 hai
(m—1 —4(m—1)>0

nghiém phan biét khac -1 < om<lvm>5 (%)
() =(m-1)+m—-1%£0

Khi &6 talai c6
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Cau 40.

Cau 41.

A(x,;x, +m), B(x,;x, +m)=> AB=(x, —x,;x, —x,) = AB =/2(x, - x,)* =\/E|x2—x1

7

g rx,=1-m _ ,
va . Tte day ta cé
xx,=m-1

AB=+10 & |x, —x,|=5 < (x, +x,)" —4x,x, =5
) ) m=0 ,
S(A-m)y-4m-1)=5m -6m=0 6(thoa )
m=

Vay chon m=0vm=6.
Phuong phéap trac nghiém

Chon m =0 thay vao d. Ta duogc 2x +11 =x (x=-1).
X+

1+\/§
2

Dung lénh SHIFT CALC tim dwoc x = hoac x = 1_2\/3 .

Suy ra A(lJr\/g;lJr\/gj,B[l_\/g;l_\/gJ = E(—x/g,—\/g) = AB =\/E.
2 2 2 2

Nhan thdy m =0 thoa yéu cau.

Tuwong tu chon m =6 kiém tra twong tw m =0 nhan thdy m =6 thoa yéu cau bai

toan.

Vay chon m=0vm=6.

Chon A.

Phuong trinh hoanh d9 giao diém ctia d6 thi (C) va duong thang d

2x+1

x+1
Khi d6 d cat (C) tai hai di€m phan biét A, B khi va chi khi phuong trinh (1) ¢6 hai

=x+m (xz-) x> +(m-Dx+m—-1=0 (1)

nghiém phan biét khac -1
(m—1)2—4(m—1)>0<:> m<lvm>5
P-(m-1)+m-120 120

Sm<lvm>5

Tacd f'(x)= TR Goi A(x;;y,), B(x,;y,) trong d6 x,,x, langhiém cua (1) (nén ta
€6 x, +x, =1-m). Suy ra hé sd goc cua cac tiép tuyén tai di€ém A va B lan luot la
1 . 1

= vak,=——
A (x, + 1) P (x, +1)?

1
(x,+1)7  (x,+1)*’

Vi tiép tuyén tai 4 va B song song, dong thoi x, # x, nén phai c6

suy ra
x+l=—x,-1x+x,+2=01-m+2=0m=3 (I).

Vay chon khong ton tai.

Chon B.

Phuwong phap tu ludn: Xét m =1, phwong trinh x> -1=0 c6 hai nghiém (loai).
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Khi m#1 ta thady d6 thi ham ludn c6 c6 hai diém cuc tri. Vay ta tim gia tri cuc dai va
cuc tiéu ctia ham s6 nhuw sau:

x=0=>y=-m

y':3(m—1)x2+2x:0<:> -2 27m° +54m> —27m+4
X = =>y= >
3(m-1) 27 (m-1)
m(27m3 — 54m? +27m—4)

> 0.

(C,) €61 diém chung véi Ox < Y,y >0 -
27(m-1)

4
<:>m<0vm>§.

Vay chon m<0vm>§.

Phuong phéap trac nghiém: Ta kiém tra truc tiép cac dap an cta dé bai

+ V&i m=-1, phuong trinh —2x° +x* +1=0 thu dugc x =1 la nghiém duy nhat = loai
A, D.

+ V&i m=2, phuong trinh x° +x* -2 =0 thu dwoc x =1 la nghiém duy nhat = loai C.

Vay chon m<0vm>%.

Cau42. ChonC.
Phuong phap tw luan
Do thi (C) cét truc hoanh tai diém phan biét tao thanh cap s6 cong khi va chi khi
phuong trinh x° —3x* ~1=m cd ba nghiém phan biét 1ap thanh cap cd cong.
Suy ra duong thang y=m di qua diém udn cua d6 thi y =x*>-3x> -1 (do db thi (C)
nhan diém udn lam tdm d6i xting). Ma diém udn ctia y =x° -3x* -1 1a I(1;-3). Suy
ra m=-3.Vay chon m=-3.
Phuong phéap trac nghiém
Chon m=-3 thay vao phuong trinh x° —3x* -m-1=0.
Ta duge x° —3x* +2 =0. Dung chtic ndng tim nghiém phuong trinh béc ba ta dwoc ba
nghiém x=1-+/3, x =1, x=1++/3 thoa cap s cong.
Vay chon m=-3.
Cau 43. Chon B.
Phuwong phap tu luan
Phuong trinh hoanh d6 giao diém cta (C) va duong thang d:
2x+1

Khi d6 d cat (C) tai hai diém phan biét A, B khi va chi khi phwong trinh (1) c6 hai

(m-3) +4(m+1)>0 m>-2m+13>0 _,
= dung

1P+(m-3)-m-12£0 [-120

=x+m(xzl) o x*+(m-3)x-m-1=0 (1)

nghiém phan biét khac -1 < {

VmeR.
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Goi A(x;;x, +m), B(x,;x, +m) trong d6 x,,x, langhiém cua (1), theo Viet ta co

{lech2 =3-m

x,x, =-m-1

+ +x,+2 . — A
Goi I(xl 2x2;x1 x; m} la trung diém ctia 4B, suy ra I(BTm;BerJ,nen
a[—2—3_2m;5—3;mj:CI=%\/(m—7)2+(7—m)2.

Mit khéc AB= (x,—x;;x,—x,) = AB= \/Z(xz —x,)° = \/2(1712 —2m+13) . Vay tam gic
ABC déu khi va chi khi

CI =§AB @%w/Z(m—7)2 =§\/z(m2 —2m+13)

& (m=7Y =3(m? —2m+13) < 2m? +8m—10=0<:{Zi15.
Vay chon m=1vm=-5.
Cau44. Chon D.
Phuong trinh hoanh d6 giao diém ctia (C) va duong thang d:
x* =1
x*=2m-2 (1)
Puong thang d cat (C) tai bdn diém phan biét c6 hoanh d6 nhé hon 3 khi va chi khi
phuong trinh (1) cé hai nghiém phan biét nhé hon 3.

' —2m-Dx* +2m=2 < x* —2m—-1)x’ +2m—2:O<:{

= . Vay chon .
0<2m-2<9 11 11

3 3
{27}1—2;&1 mEs mEs
=
l<m<— l<m<—
2 2

Cau45. Chon B.
Phuong trinh hoanh d6 giao diém

x3+2mx2+3(m—1)x+2:—x+2<:>x(x2+2mx+3(m—1)):0

x=0
=
x* +2mx+3(m—1) = 0(1)
Puong thang d cat (C) tai ba diém phan biét khi va chi khi phuong trinh (1) ¢6 hai
2 v R
nghiém phan biét khac 0 < " M *+3>0  Jvme
m-1+0
Khi dé ta co: C(x;—x, +2), B(x,;—x, +2) trong d6 x,,x, langhiém cta (1), nén theo

X, +x, =—2m
Vietthi{ ' 2 . Vay
x,x, =3m-3

@ = (¥, —x;;-x, +X1) = CB= \/z(xz _xl)z 2\/8(”12 -3m+3)

d(M;(d)) = [3-1+2 V2

V2
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Cau 4e6.

Cau 47.

Dién tich tam giac MBCbéng 2+/7 khi va chi khi

-1
%\/8(m2—3m+3).\/5=2\/;<:>m2—3m+3=7 c{m , (thoam=1)
m

Vay chon m=-1vm=4.

Chon A.

Phuong phap tw luan

Phuong trinh hoanh d6 giao diém cta (C,,) va truc hoanh la
x=1

X2 +(1—m)x+m=0 o(x-1)(*—x—m)=0 &
x> —x-m=0 (1)

(Cm) cit truc hoanh tai ba diém phan biét < Phuong trinh (1) 6 hai nghiém phan

1
A>0 1+4m>0 —
biét khac 1 < < " 1™ 4 (%)
1-1-m=0 m#0
m#0
: X A \ A : c )X tx, =1
Goi x, =1 con x,, x, la nghiém phwong trinh (1) nén theo Vi-et ta co .
X, =—m

Vay

x4 4x =4 ox+x,2+1=4 &(x+x,) —2xx,-3=0 @m=1 (thoa (*))
Vay chon m=1.

Chon A.

Phuwong phap tu luan:

Phuong trinh hoanh d6 giao diém ctia (C) va duong thang d:

%x3—mx2—x+m+§:0<:>(x—1)[x2+(—3m+1)x—3m—2]:0

x=1
< | 2% +(-3m+1)x-3m-2=0 (1)

8(x)

(Cm) cit Ox tai ba diém phan biét & phuong trinh (1) c6 hai nghiém phan biét khac
1
{Ag>0 {9m2+6m+9>0
=

Rt g(l);tO om=#0.

—6m+#0

. \ \ N \ A . , x2+x3:3”l_1
Goi x, =1 con x,, x, la nghiém phuwong trinh (1) nén theo Viet ta co
XX, ==3m—2

Vay
Bl 422 >15 6 1+(x, +x,) — 22,0, > 15

= (3m-1) +2(3m+2)-14>0 = 9m* ~9>0 = m>1vm<-1

Vay chon m>1vm<-1.
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Cau 48.

Cau 49.

Phuong phép trac nghiém: Ta kiém tra ngay trén dap an

Véi m=-2, ta giai phwong trinh bac ba: %x3 +2x% —x —% =0 thu duoc 3 nghiém

x, =—6.37...,x, =1,x, =-0.62... Ta chon nhitng gid tri nho hon cac nghiém nay va kiém
tra diéu kién ctia bai toan.

Cu thé ta tinh (~6.4)" +1> +(~0.63) =42.3569 > 15 = loai C, D.

Véi m =2, talam twong tw thu dugc 3 nghiém x, =6.27...,x, =L x; =-1.27...

Tinh 6.2° +1* +(-1.3) =41.13>15 = loai B.

Vay chon m>1vm<-1.
Chon B.

. . A e Lo X —x+1
Phuong trinh hoanh d¢ giao diém (C) va d 1a =————= =

x=1
A 2
{x —(m+Dx+m+1=0 (1)

xX—

(C) ct d tai hai diém phan biét <> Phwong trinh (1) c6 hai nghiém phan biét khéc 1

om<-1vm>3 (¥)
1-m-1+m+1+0

{A:(m+1)(m—3)>0

=

Hoanh d6 giao diém x,,x, la nghiém cta phuong trinh (1) nén theo Vi-et ta cé:

x, +x,=m+1 L
. Khi do: A(x,; m), B(x,; m), suy ra

{x1x2:m+1 (xis m), B(xy; m), suy

m+1:2+\/g

AB=2 o 4B’ =25(x,-x,) =2©(x1+x2)2_4x1x2_2:0©[m+1=2—\/€

m=1+6
=

m=1-6
Vay chon m :1+x/gvm :1—\/3.
Chon D.
Phuong trinh hoanh d6 giao diém cua hai duwong:

(thoa (%))

x#1 x#1
Ez_x+m®{x+1=(—x+m)(x—l)©{g(x):—x2+mx—m—1:O (1)
Phuong trinh (1) ¢6 2 nghiém phan biét khac 1 thoa x7 +x; =22

{A=m2—4(m+1)>0
g(1)=-2=0

m<2—2~2
oSm'—4dm-4>0< V2
m>2+22

X, +x,=m
Theo dinh li vi-éttacé: { ' 2 )
x,x,=m+1

A N \ / 2
Yéu cau bai toan < x} +x; =22 < (x,+x,) —2xx, =22
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Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

m=-4

2 _ 1V =
o m’=2(m+1)=22 < (m-1) 25@{m:6 :

Chon B.
Goi A:(c)nOx:A(l;oj:(ﬂz(l;oj
m m

B=(C)nOy = B(0;-1)= OB=(0;-1)

1

Tacé Sop=lerm Cl=lolHozotsom=zxl
2 m m 2
0 -1

Chon B.

Phuong trinh hoanh d6 giao diém:

1 x#-1 x#-1
——=mx < =
il 1=mx(x+1) | g(x)=mx* +mx-1=0 (1)
D& d cat (C) tai mot diém duy nhét thi phuong trinh (1) phai c6 nghiém kép khéc -1

hodc (1) c6 hai nghiém phan biét trong d6 c6 1 nghiém bang -1

A=m’*+4m=0 |A=m’+4m>0 Vo 1)
= v 0
g(-1)=-120 |g(-1)=-1=0 Y
{m:O
=
m=—4

Khi m =0 thid trung vdi tiém can ngang ctia do thi (C) .Suy ra m=0 (khong thoa).
V6i m=—4 thoa yéu cau bai toan.

Chon C.

. X+3 x#-1
Phwong trinh hoanh d¢ giao diéem ——=x-m < 5
x+1 f(x)zx -mx-m—-3=0 (*)

(C) cét d tai hai di€m phan biét khi

{f(_1)¢0@m2+4m+12=(m+2)2+8>0;VmeR.

A(*) >0
) o N , . , | x,+x,=m
Goi x,,x, 1a hai nghiém ctia phwong trinh (¥), ta c6
xX,x,=-m-3
A A 1vs e 2 ) m=-5
Yéu cau bai toan < (x1 +x2) —2xx,=21<m" +2m-15=0< 3 =mm, =-15.
m =

Chon C.
x=%1

PTHDGD: x* —6x" +3=—x" ~1 & x' —5x" +4=(x* ~1})(x* ‘4):0©[x:+2

Toéng binh phuong cac nghiém: 10.
Chon D.
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Cau 55.

Cau 56.

Cau 57.

Cau 58.

Truc hoanh 1a duong thang c6 phwrong trinh y =0.
Phuong trinh hoanh d¢ giao diém ctia hai duong: x* —(m+9)x* +9m =0 (1)
t=9
Dt t=x" (t>0), phuong trinh (1) = £ —(m+9)t+9m =0 < t
=m
Véi t=9=x=43
A A TN g2 m#9
Yéu cau bai toan < .
O<m<16
Chon D.
Phuong trinh hoanh d6 giao diém cta (C) v6i truc hoanh:
x*=-1
mxt+(m+1)’ +1=0s| 1
X' =——
m
Phuong trinh ¢6 tdi da 2 nghiém =>m=J.
Chon B.
Phuong trinh hoanh d¢ giao diém cta (C) v6i truc hoanh:
x?=-1

x? =-m

x=(m-1)x*-m=0&
(C) cit Ox tai 2 diém phan biét < —m >0« m<0. Khi d6 x=+-m
Yéu cau bai toan <:>|x1|+|x2|=4<:>2\/$=4<:>—m=4<:>m=—4.
Chon D.
Goi M=(C)mOy:>xM=O:>yM=m
Theo dé bai ta c6 OM=5<:>|yM|=5<:>|m|=5<:>m=ir5.
Chon B.
Phuong trinh hoanh d6 giao diém cua (C ) va Ox: x* —mx* +m=0 (1)
Dit t =x*(t>0), phuong trinh (1)< #* —mt+m=0 (2)
(C ) cit Ox tai 4 diém phan biét x ;x,;x,;x, < phuong trinh (2) c6 2 nghiém duong
phan biét
A=m’—4m>0
ot +t,=m>0 om>4 ()
tt,=m>0
t+t,=m

ity =m

Theo dinh ly vi-ét ta co: {
Yéu cau bai toan < (x} +x; )+(x3 +x1) =30 = (£ + £ )+(£ +£) =30 = £ +£; =15
m=-3

<:>(t1+t2)2—2t11‘2 =15<:>m2—2m—15:0<:>[m:5
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So sanh véi diéu kién (*), ta dwgc m=5.
Cau 59. Chon B.
PTHDGD (C) va y=m:
—x* 45 —d=mex* -5 +4+m=t"-5t+4+m=0 (1) véi t=x*>0

D& (C) cat y=m tai 4 di€m phan biét thi PT (1) phai c6 2 nghiém t dwong phan biét.
S -4<m< J
4

5+49-4m 5-49—-4m

b=
2 2

v6i hoanh d6 cua 4 diém A, B, C, D lan luot a: x, = —ft,, x, =—t, ,xc =\Jt, %, =/t

@{Am:25—4(4+m)>0

4+m>0

Khi do, PT (1) c6 2 nghiém ¢, = voi ¢, > t,. Tuong tng

Vi A, B, C, D ciing nam trén duong thang nam ngang y=m, nén: AB=BC =CD
<:>|xB—xA|=|xC—xB|=|xD—xC|©‘\/Z—\/Z :‘2\/Z 2t =t -\
©3J§=ﬁ@9(5‘ “9‘4”1}:5* “92‘4’” e 9—dm :4<:>m:—£ (thoa).

2

Cau 60. Chon A.
Phuong trinh hoanh d6 giao diém:
¥ =3x*+3x+4=x+4 =1’ -3x*+2x=0=x=0;x=1x=2.
Vé6i x=1=y=5=B(1;5), vdi x=2=y=6=C(2;6)
4

72

Tac6 BC=~/2,d(0;BC)=d(0,A)=—=242=5,,. =%d(O,BC).BC =%.2\5,\5 =2

Cau 61. Chon B.
Phuong trinh hoanh d¢ giao diém:
x° +(2—m)x2 +4m=0< (x+2)(x2 —mx+2m)=0
D& d6 thi ham s8 cit truc hoanh tai 3 di€ém phan biét thi A >0 < m*-8>0
X, +x, =

Gia str B(xl,O),C(xZ,O):{xle =2mm' Tac AB® =(x,+2) ,AC* =(x, +2)’
= (x,+2) +(x,+2) =12 o a? + a2 +4(x, +x,)~4=0 = (x, +x, ) —2x,x, +4(x, +x,)-4=0

m=2(1
<:>m2—4m+4m—4:0<:>m2—4:0<:>m2:4<:{ g)
m=—

Cau 62. Chon C.
Phuong trinh hoanh d¢ giao diém:
x3+3mx2+3(m+1)x+1=x—2<:>x3+3mx2+(3m+2)x+3=0
x=-1=y=-3= A(-1,-3)

<:>(x+1)[x2 +(3m—1)x+3]=0<:>[x2 c(m1)x+3-0
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D& db thi ham 8 (1) cit d tai 3 diém phan biét thi A>0 < (3m—1) ~12>0

x,+x,=1-3m

Gia s B(x1;x1 _2)’C(x2;x2 _2): {xlxz =3

Do B la trung diém cuia AC=x, -1=2x, < 2x,—x, =-1=x, =-m,x, =1-2m
m:—l(l)
=-m(1-2m)=3<2m* -m-3=0<| 3
m=—
2

Cau 63. Chon A.

Phuong trinh hoanh d¢ giao diém: x° +(2m+1)x2 +mx—m=-2x-2
=35 +(2m+1)x2+(m+2)x—m+2=0<:>(x+1)(x2+2mx—m+2)=0

D& d6 thi ham 6 (C,,) cat d tai 3 diém phén biét thi

m>1
A'>O©m2+m—2>0<:>[ (*)
m<-2
o X, +x, =-2m a2 ) 2
Giastt x, =-1= .Tacd x} +x; +x; <17 & x' +(x, +x;) —2x,x, <17
,Xy =—m+2

<:>1+4m2+2m—4£17<:>4m2+2m—20£0<:>—§£m£2

Két hop véi (*) suy ra m e{—g;Zju(l;ﬂ nén chi co 1 gia tri m nguyén la m=2.
Cau 64. Chon A.
Phuong trinh duong thang d:y = m(x—2). Phuong trinh hoanh d6 giao diém
x=2=>A(2,0
—x3+6x2—9x+2:m(x—2)<:>(x—2)(x2—4x+m+1):O<:> ( )
xP—dx+m+1=0
D& d6 thi ham s6 (Cm) cat d tai 3 di€ém phan biét thi A>0 < 4-m-1>0<m<3
+x,=4
Gia st B(xl;mxl—27rz),C(x2;mx2—2m):>{x1 *2 )
x,x,=m+1
Ta céd B'(O,mxl—Zm),C'(O,mxz—Zm)

Tacod S lB'C'(BB'+CC'):8<:>B'C'(BB'+CC'):16
2

BB'C'C

Ma B'C'=|m(x1—x2)

,BB'=|x,

,CC' =|x,|
Do m dwongnén x,x, =m+1>0 ma x, +x,=4>0=x,>0,x,>0

:>B'C'=m|x1—x2

,BB'=x,,CC'=x, :>m|x1—x2|(x1+x2)=16<:>m|x1—x2|=4

= mz(x1 —x2)2 =16 < m’ [(x1 +x2)2—4x1x2}=16<:>m2 (16—4m—4):16

<:>m3—3m2+4=0<:{m:_1(l).
m=2
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Cau 65. Chon C.
Phuong trinh hoanh d6 giao diém:
xt+(m=3)x+l-m=x-1cx’+x>+(m-4)x+2-m=0
<:>(x—1)(x2+2x+m—2):0<:{x2=1:>A(l;o)
x*+2x+m—-2=0
D& (1) cat d tai 3 diém phan biétthi A'>0= 1-m+2>0<m<3
Gia st B(x,, %, ~1),C(x,, 1, —1):{2222:22
Puong thang A qua E(1;-2) va vudng goc véi dnén A:y=—x-1.Ma
BeA=x,=0
Ma xx,=m-2=>m-2=0m=2.
Cau 66. Chon B.
Puong thang d qua M(1;2) vacohé st goclaknén d:y=k(x—1)+2
Phuong trinh hoanh d¢ giao diém: x* -3x* +4=k(x-1)+2 < x* -3x> +2=k(x-1)
x=1=M(1;2)
x*—2x—k-2=0
D& (1) cat d tai 3 diém phan bigt thi A>0 < 1+k+2>0<k>-3

<:>(x—1)(x2—2x—k—2)20<:{

X +x, =2
Gia st A(xl;kxl—k+2),B(x2,kx2—k+2):> te

x1x2=—k—2
Ta cod
AB:ZOM<:>AB2:4OM2<:>(X —x

1 2

)+ (x,—x,) =20 & (K +1)(x, -x,) =20
<:>(k2+1)[(x1+x2)2—4x1x2}=20<:>(k2+1)(4k+12)=20<:>k3+3k2+k—2=0

Theo dinh ly Viet cho phuong trinh bac ba thi k, +k, +k, =-3.
Cau 67. Chon D.
Phuong trinh hoanh d6 giao diém:
X =2mx*+x-2m=0< (x—Zm)(x2 +1) =0= A(2m;0)
Tacod y'=3x*—4mx+1. Hé s§ goc cta tiép tuyén tai A la v
Phuong trinh tiép tuyén tai Ala y = (4m2 + 1)(x—2m) = B(O; —8m’ —Zm)
Ta co

S %OA.OB:1:>OA.OB:2<:>|2m|.|—8m3—2m|:2<:>|8m4 +2m2|:1:>m:%.

0AB —

Cau 68. Chon B.
Gid st A(a;a3—3a+1): B(4—a;17—a3+3a). Ma
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Be(C)=17-a+3a=(4-a) ~3(4—a)+1=12 ~48a+36 =0
a=1= A(1;-1),B(3;19)
a=3= A(3;19),B(1;-1)
Tedbtacd P=y’ +y: =362.
Cau 69. Chon B.

. x+3 x# -1
Phuong trinh hoanh d¢ giao diém =x-m< 5
x+1 f(x)=x —mx—m—3=0(*)

(C) catd tai hai di€m phén biét khi
-1)=0
f(-1) <:>m2+4m+12=(m+2)2+8>0;VmeR
A(*)>0
X, =

Goi x,,x, la hai nghiém ctia phuong trinh (*), ta c6 {x
x

Alx;
Vé{ (i21) g5 2(x,~x,)
B(x,;¥,)

Yéu cau bai toan

< 2(x, —x2)2 =34 < (x, +x2)2 ~dxx, =17 &m’ +4m-5=0=>m, +m, =—4.
Cau 70. Chon B.

Phurong trinh hoanh do giao diém cua (C) voidla
x+3 x#-1
x+1 {f(x):xz—mx—m—320 (*)
(C) cat d tai hai diém phén biét khi

{i(_l):o@mz+4m+12=(m+2)2+8>0;VmeR.
i

X, =

Goi x,,x, la hai nghiém ctia phuong trinh (¥), ta c6 {x
X

A .
Vé{ (xl’yl):sABz 2(x,~x,) .
B(x;¥,)

Yéu cau bai toan < AB® =(x, +x,) —4x,x, =m* +4m+12=(m+2) +828.
D4u bang xay ra khi va chi khi m+2=0<m=-2.

Cau71. ChonC.
Phuong trinh hoanh d6 giao diém cta (C) véidla

x+3 x#-1
——=x-ms )
x+1 f(x):x -mx—-m-3=0 (¥)
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Cau 72.

Cau 73.

Cau 74.

(C) cét d tai hai di€m phan biét khi

{f(_l)io@m2+4m+12=(m+2)2+8>0;VmeR.

Aw >0
X, +x,=m
Goi x,,x, 1a hai nghiém cua phuwong trinh (*), ta c6 { v . Va
xX,x,=-m-3
A(xﬁ%)@ A(xl;xl—m)
B(xz;yz) B(xz;xz—m)

x. +x,+0
172 =

G
Yéu cau bai toan < 3 S X +x,=6=m=6 lagia tri can tim.
Yity, +0 _ y
3 G

Chon D.

P a2x-2=0" x=-1-+/3
Toa dd giao diém ctia (1) va d 1a A(—1+\/§;2—\/§),B(—1—\/§;2+\/§). Suy ra

AB=+/24

Phuong trinh hoanh d¢ giao diém 2x_—11 =l-x < {
x+

x#-1 [x=—1+\/§

6 1 1 6
Vad(C;AB)=d(C;d)=—=.Do0d06 S,,,. =—d(C; AB).AB=—.—~N24 =6V3.
s d(CiAD)=(Cit) =~ D00 5 = La(C:AB).AB=1 & BE =65
Chon C.
x# -2
Phuong trinh hoanh d6 giao diém x+; =2x+m < 12x2 +(m+3)x+2m—3 =0 (*)
X+
f(x)

(C) cét d tai hai di€m phan biét khi

-2)#0
f( ) <:>(m+3)2—8(2m—3)=(m—5)2+8>O;VmeR.
Aw >0

. s A . . m+3 2m-3
Goi x,,x, la hai nghiém ctia phuong trinh (¥), ta c6 x1+x2=—T;x1x2:—.
Vi A(x1;2x1+m)

B(x2;2x2+m)

D0 thi ham s6 (1) ¢6 tiém can ding la x =—2=> M(-2;m—4).

Taco MA? + MB* =5(x, +2) +5(x, +2) =25 (x, +x,) +4(x, +x,)~2x,x,+3=0

@%(m+3)2—2(m+3)—(2m—3)+320<:>m2—10m+9:0<:> ;:Zmzl().

m=
Chon A.

Phuong trinh hoanh d6 giao diém ctia (C,,) v6i Ox 1a x* —2mx* +1=0.
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Cau 75.

Cau 76.

Cau 77.

Dat t=x*>0,cd t* -2mt+1=0 (*) Yéu cau bai toan < (*) c6 hai nghiém dwong
phan biét <& m>1.
t,+t,=2m

Lo (0<t <t,).
172

Goi t,,t, la hai nghiém ctia phwong trinh (*) ta c6 {

Theo gia thiét: —\/g , —\/E , \/E ,\/g la bon nghiém cta phwong trinh ban dau nén
2(t,+t,)=8

< 4m=8<<m=2 lagia tri can tim.

Chon B.

Bai todn téng qudt “Cho ham s6' y = x* + ax” +b . Gid stz d0 thi ciia ham s6'(1) cit truc hoanh
tai 4 diém phin bigt cé hoanh dg ldp thanh mét cdp s6'cong. Chitng minh rﬁng, khi do

9a’> —100b=0"

Chirng minh. Phuong trinh hoanh d¢ giao diém ctia (C) véi Ox: x* +ax® +b=0.

Piat t=x>>0.Tacd t* +at+b=0 (*).

. . o , . , | f+E,=—a
Goi t,,t, la hai nghiém cua phwong trinh (*), ta co ‘b (O <t <t, )

172

Theo gia thiét: —\/Z i —\/Z , \/E ,\/g tao thanh mét cap s6 cong nén ta co

Jh =3\t =1, =9t

a
R
=t +9t =—a=> 10 _f_a)f %) 5 9.2 1006=0.
9 10) 10
t =t
10
Ap dung vao bai toan trén, ta c6
=5
36m* ~100=0 > m=+2 =217 p_ g2 212 =43,
3 b |b=3

Chon C.
Phuong trinh hoanh d¢ giao diém cta (C,,) véi Ox 1a

x?=1

x=(Bm+2)x* +3m+1=0| "
| x"=3m+1

Yéu cau bai todn <> x> =3m+1 c6 hai nghiém phan biét nho hon 2 va khéc 1.

<91 la gia tri can tim.
3m+1<4 ——<mx<1

{3m+1¢1;3m+1>0 m#0
Hay

Chon A.
PTHDGD (C,,) v6i truc hoanh:

xt=2(m-1)x*+3m-9=t-2(m—-1)t+3m—-9=0 v6i t =x* >0 (*)
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Cau 78.

Cau 79.

Cau 80.

Cau 81.

bé (Cm) cat truc hoanh tai 4 di€m phan biét thi PT (*) phai c6 2 nghiém t duwong phan

biéet
2

A'=(m-1) —(3m-9)>0

( ) ( ) L t,=m-1+ym>-5m+10
m—-1>0 < m>3.Khido (*) & va
3m—-9>0 t2=m—1— m2—5m+10
t,+t,=2m-2
tt,=3m-9

Hoanh d6 ctia A, B, C, D lan luot 1a: —Jt,,—Jt, [, AJt; = x, =t x =Jt,
d(M,Ox).AC _ |yM||xC—xA|

Swac = 5 5 =2C>|xc_x/\|:4:‘\/z+\/z
St +t,+2\tt, =16 =2m-2+2y3m-9 < m=6.
Chon B.

4 2 3 x=0
PTHDGD: x* —mx’ +1=2x+1 o x(x’ —mx-2)=0<|
x’—mx—-2=0 (%)
D& (1) cat d tai 4 di€m phan biét thi (*) phai c6 3 nghiém phan biét, dé thdy x=0

khong la nghiém ctia (*) nén ta cé: x° 2 m . S6 nghiém phan biét cta (*) 1a sd giao
X

diém cua do thj ham s6 f(x)=x* _2 s duong thang y=m, & day ta can cé 3 giao
X
diém phan biét.
Ta cé: f'(x):2x+%—>f'(x):0 ox=-1=f(-1)=3
x

1' :,1' = : 1. = — ,1. = +

xirﬂof(x) xirﬂof(x) +00 va xljglf(x) o0 xggl f(x) o0

Dua vao bang bién thién cua f (x) =m>3.Ma m<5 nén c6 2 gia tri m nguyeén thoa.

Chon B.

x*=m

PTHDGD x*—(2m+1)x* +m* +m =(x2 —m)(x2 —m—l) =0e|",
x*=m+1l

D& 6 thi cat truc hoanh tai 4 diém phan biét thi m >0

Dé thdy: a® +b% +c* +d* =26 =2m+2(m+1) < m=6.

Chon C.
Ta cé y‘:4x(x2—1)—>y‘:0<:> g
x=x1

m>0

Duya vao bang bién thién y =x* -2x* = { ’
m=—

Chon D.
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Cau 82.

Cau 83.

Cau 84.

Cau 85.

Cau 86.

x,=-x,#0

Hai diém A(xA;yA) va B(xB;yB) thudc (C) va doi xting qua truc Oy <:>{
Ya=Ys

<:>{xA=—xB;«r&0 <:>{JCA=—2 hoéc<:>{xA:2 .
X ) X

x5 =3x% —4x, +3=x, -3x; —4x,+3 =2 =2

2

243.

Suyra y, =y,=-9.Dodd P =y} +2y; =3.(-9)
Chon D.

Db6 thi (Cm) cat truc Oy tai M(O;m) .Suyra OM = |m| =4 m=124.
Chon A.

Phuong trinh hoanh d6 giao diém cua (Cm) vad la:

X -2mx*+l=x+1s x2=0
X —2mx—1:0(*)

bé (Cm) cat d tai ba di€ém phan biét khi (*) c6 2 nghiém phan biét khac 0 hay me R
Khi d6 x, =0 va hé thtrc Viet, ta co x, +x, =2m.

Do dé x1+x2+x3=2m=2017<:>m=w.

Chon B.
Phuong trinh hoanh d6 giao diém cua (Cm) vad la:
s ) x=0

X =2mx"+1l=x+1<] ,
x"—2mx-1=0 (*)
bé (Cm) cit d tai ba diém phan biét khi (*) c6 2 nghiém phan biét khac 0 hay me R
Khi d6 x, =0 va hé thtrc Viet, ta co x, +x, =2m.
Dodé y, +y, +y, =x,+x,+x,+3=2m+3=2017 < m=1007 .
Chon A.
Phuong trinh hoanh d¢ giao diém ctia (C,,) va Ox la: x° —3x* —mx+3=0 (¥)
Gia st phuong trinh (*) c6 ba nghiém phan biét, khi d6 goi cac nghiém lan luot la
xl’xZ’x3

X, +x,+x,=3
Theo gia thiét, ta c6 x, +x, = 2x, va theo hé thirc Viet, ta dwoc {x,x, +x,x, +x,x, =—m
-3

LS

X XpXs

x,=-1,x,=1,x,=3

Do d6 DX X, H XX, XX, =-m=-1om=1=t =1.

x,=3x,=Lx,=-1
Chon A.
Phuong trinh hoanh d¢ giao diém ctia (C,,) va Ox1a: x° —7x* +14mx -8 =0 (*)
Gia st phuong trinh (*) c6 ba nghiém phan biét, khi d6 goi cac nghiém lan luot la

Xi7Xy,Xg
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Cau 87.

Cau 88.

Cau 89.

X, +x, +x,=7
Theo gia thiét, ta c6 x,x, = x§ va theo heé thitc Viet, ta dwoc { x,x, +x,x, +x,x, =—14m
X, X,%, =8

x=hx, =2,
Do do D XX, XX, +x,x, =-1dm =14 &>m=-1=1t =1.
—4- — _1

x,=4x,=2x, =
Chon C.

Phuong trinh hoanh d¢ giao diém cta (C,) vadla

m

x=0

X’ =2mx’+l=x+le|
x"—2mx-1=0 (*)
bé(C,) cat d tai ba di€ém phan biét khi (*) c6 2 nghiém phan biét khac 0 hay me R

Khi d6 goi toa d¢ cac diém lan luot 1a D(O;l),A(xl;x1 +1), B(xz;x2 +1)

2 , \
Suy ra M(X1J2sz ;x1+;2+ J la trung diém ctia AB ma x, +x, =2m:>M(m;m+1)
Ma MeA:x+y-2017=0 nén m+m+1=2017 < m=1008.
Chon D.

Phuong trinh hoanh d¢ giao diém cta (C,) vadla

x=0

X’ =2mx’ +l=x+1e|
x°=2mx-1=0 (*)

Dé& (C,,) cat d tai ba diém phan biét khi (*) c6 2 nghiém phén biét khac 0 hay m e R
Khi d6 goi toa d¢ cac diém lan luot 1a D(O;l),A(xl;x1 +1), B(xz;x2 +1) suy ra

AB= Z(x2 —xl)2

X, +x, =2m
Ma theo hé thtic Viet, ta c6 { e < (x,-x, )2 = (x, +x, )2 —dxx, =4m’ +4
X, =~
Do dé AB=234 < ,/S(mz +1) =234 < m=+4.

Chon B.

Goi canh hinh vudng la a, ta c6 S, = @ =2 < a=~/2 nén mot duong thing chia
canh cua hinh vuéng c6 phuong trinh la d:y=x+1 di qua hai diém (—1;0) va (O; 1)
véi diéu kién gidi hanla x e [—1; O]

\ \ ~ . . , C o |-1£x<0 -1<x<0
Phuwong trinh hoanh d¢ giao diém cta (C) vad la { {

=
X’ —4x+3=x+1 |x°—5x+2=0
vO nghiém.
Twong tu xét véi ba duwong thang con lai gom cac duong y = x - 1(x € [O; 1]) (mot

giao diém), duwong thang y =1- x(x € [0; 1]) (mdt giao diém) va duong thang
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y=—x-1 (x € |:—1; O]) (khong cat nhau). Vay s8 giao diém ctia hinh vudng (V) va d6

thi cia ham s6 y = x* —4x +3 1a hai giao diém.

Cau90. Chon A.

x#-2
Phuong trinh hoanh d6 giao diém x+i =2x+3m < {2x + 3(m+ 1)x+ 6m—-3=0 (*)
X+
f(x)
(C) cét d tai hai di€m phan biét khi
-2)=0

£(=2) = 9(m+1) ~8(6m-3)=(3m-5) +8>0;,VmeR.

Am>0
Goi x,,x, la hai nghiém ctia phuong trinh (¥), ta c6 x, +x, = _3mz_+3;x1x2 = ? .

. A(xl;le +3m)
? B(x2;2x2 +3m)
Ta c6 OA.OB = XX, Y, Y, = XX, +(2xl +3m)(2x2 +3m) =5x,x, +6m(xl +x2)+9m2

_50m=3 (,3m*3 g2 :E<:>5(6m—3)—6m(3m+3)+18m2 15 m=2,
2 2 2

Cau91. Chon B.

Puong thang d di qua diém 1(-2;1) va c6 hé s6 goc 1a k c6 phwong trinh

y=k (x + 2) +1.

Phuong trinh hoanh d¢ giao diém

x#-1
=k(x+2)+1 & Jkx’ +(3k—1)x+2k+2=0 (¥)
f(%)

(C) cat d tai hai diém phén biét khi

{miO;f(—l)iO

2x -1
x+1

<:>(3k—1)2 —4k(2k+2)>0<:>k2 ~14k+1>0

Aw >0
Goi x,,x, la hai nghiém ctia phuong trinh (¥), ta c6 x, +x, = % ;XX = 2kT+2 . Va
{A(x1 ; ]/1)
B (x2 ; yz)
x, +x,=—4 1:352_4 e 1

Vi Ila trung diém ctia AB nén =3
k(x, +x,)+4k+2=2" &k

Cau92. Chon A.

Phuong trinh hoanh d¢ giao diém X2
X

=x+m
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x#0 x#0
= s 9,
x+2=x*+mx  |x*+(m-1)x-2=0 (1)
YCBT < (1) c6 2 nghiém phan biét x,;x, khac 0 va théa man x, +x, =0
A=(m-1) +8>0
<307 +(m-1).0-220m=1.
x, +x,=1-m=0
Cau93. ChonD.
biéu kién: x # 1. Phuong trinh hoanh d¢ giao diém
-2
-1
Cau94. Chon D.
Phuong trinh hoanh d6 giao diém

mZ

;1 :>me(—oo;—1)u(1;+oo)\{0}.

=m2+1<:>|x|—2=|x|(m2+1)—m2—1<:>|x|:
m

2X—3 2
2y—3 1™ +1 (m2+3)x:m2+4
. =m’+1< 5 x3 =4 .
—X X— 41 (m —1)x=m -2
x—1
2 2
Dé€ ¢6 2 nghiém phéan biét thi m* 120 < m=+1.Khid6 x= m2+§ hodc x = mz i
m*+ m* —

m* +4 m* -2
2 # 2

D€ 2 nghiém phan biét thi
m-+3 m -1

,VYm.Dodé me (—oo;—l)u(—l;l)u(l;+oo).
Cau95. Chon A.
PTHDGD: mx4+2x2+3=5x+m<:>(x—1)(mx3+mx2+(m+2)x+m—3)=0
x=1

A 3 2 _
mx” +mx +(m+2)x+m—3—0 (1)

Véi m=0 thi (1) céd nghiém x :% (loai)
V6i m#0 thi (1) ludén ¢ nghiém, nén can d6 1a nghiém duy nhat va bang 1, hay:
m1’ +m1*+(m+2)1+m-3=0< m:i
Thtt lai thoa.
Cau96. Chon C.
PTHDGD:
x=0
x* —mzxz+3=(1—mz)x+3<:>x(x—l)(x2 +x+1—m2)=0<:> x=1
x> +x+1-m*=0
D& d6 thi ham s8 y = x* —m?x* +3 cat duong thang y = (1 -m’ )x +3 tai 3 diém phan
biét

< Phuong trinh x* +x+1-m? =0 ¢ duy nhét 1 nghiém khac 0 va 1

Tong hop cdc chuyén dé luyén thi dai hoc Trang 388



Bién soan: Buii Trin Duy Tudn https://facebook.com/duytuan.qna

A=T—4(1-m*)=0
1P +1+1-m* 20 <:>m:4_r73.
0*+0+1-m*=0

Cau 97. Chon D.
bit t=x>>0. PTHDGD:

t=(m2—1)+1=m2

(2 -1) =(m+1)’ (1-m) & x> ~1=|(m+1)(1-m) = )

t=—(m’—1)+1=2-m’
m* >0
. —~N2<m<~2
Dé do thi cat truc hoanh tai 4 diém phan biét thi: 2-m*>0 < \/_ m \/_
) ) me{O;il}
m #2—-m
Can: —\/E ,—\/E ,\/E ,\/E lap thanh cap s0 cong voi t, > ¢, 1a nghiém ctia (1)

Hay \Jt, —Jt, =2\, &t =9t,

, m>1 e
+H)Néw: t, =m’,t,=2-m’ > t, >t2<:>[ 1.Kh1 do:
m<—

t=9t, < m’ =9(2-m’) < m= £ (thoa)

5

+)Néu: t, =2-m?,t,=m> >t >t, & -1<m<1.Khido:

t =9 <2-m"=9m’ & m= +— (thoa)

NG

Cau98. Chon A.
Phwong trinh hoanh d6 giao diém x* —40x* +6m=0 (1)
Dit t=22>0= 40t +6m=0 (2
Ta co (Cm) cét truc hoanh tai bon diém phan biét < (1) c6 4 nghiém phan biét

A'=20%-6m >0 200
<> (2) 6 2 nghiém duong phan bieét < ¢, +t, =40 >0 <:>O<m<T.
tt,=6m>0

Tir t = x° ta duge x =+yt, khi d6 (1) c6 4 nghiém —\Jt,; 1, ;-\t

Gia stt t, <t, khi d6 theo baira c6 ngay —\Jt,; [t ;y/t,;\ft, theo thit tw 1ap thanh cp

sO cOng
:\/E—\/E:\/Z—(—\/E):\/Z:?)\/E:g:%l: hé
t, =9t t,=4
t,+t,=40=1t,=36 —=m=24.
tt,=6m tt,=6m

Th lai ta thdy m =24 thdéa man.
Cau99. Chon C.
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Phuong trinh hoanh d¢ giao diém x*-2(m+1)x*+2m+1=0 (1)
Dat t=x*>0=t*-2(m+1)t+2m+1=0 (2)
Ta co (Cm) cét truc hoanh tai bon diém phan biét < (1) c6 4 nghiém phan biét

<> (2) c6 2 nghiém duong phan biét

A':(m+1)2—(2m+1)>0 m* >0 1
PN t1+t2:2(m+1)>0 olms>-1 1™ 75
tt,=2m+1>0 m>_l m#0

2

Tir t =x* ta duoc x ==yt , khi d6 (1) c6 4 nghiém —Jt, ;-\t J 4/,
Gid st £, <t, khi d6 theo bai ra c6 —t,;—/t,;/t,;1/t, theo thit tw 1ap thanh cap s§
cong

t, =9¢,

:\/Z—\/Ez\/a—(—\/a):\/g=3\/a:>t2=9t1: hé t1+t2:2(m+1)

tt,=2m+1
m+1
[t =9t t, =9t h=—"%"
TN, o —2(m+1) " |10t =2(m+1) "], 9
1 2 1 tzzg(m+1)

Thé vao Ht, =2m+1=> mT”%(mn) =2m+1

m=4
& 9(m* +2m+1)=25(2m+1) < Im* ~32m—16=0 < 4

m=——

9
Thtr lai ta thdy m=4,m = —g déu thoa man.

Cau 100. Chon D.
y'=2x" —6x = Phuong trinh ti€p tuyén tai A:y=-4x+4. PTHDGD ti€p tuyén va

(C):

4 :1 =
Y asd o xiaoxt e e8x-3=(x-1) (x+3)=0e | Y70 L ap-ai7
2 2 x=-3—>y=16
Cau 101. Chon C.
Phuong trinh hoanh d¢ giao diém cta (C,) vadla
x3+1=m(x+1)<:>(x+1)(x2—x+1)=m(x+1)
x+1:0 x:_l ~? g . . N N JUN . \
S |, .bé (Cm) cat d tai hai diém phan biét khi va
¥extl=m | —x+1-m=0(*)

chi khi phuong trinh (*) c6 mét nghiém x = -1 hoac phwong trinh (*) c6 nghiém kép
x#-1
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(1) ~(-1)+1-m=0 [m=3 m=3
Hay = P 3
Ay =0;m#3 1-4(1-m)=0 m=

Cau 102. Chon A.
Phuong trinh hoanh d¢ giao diém ctia (C,,) va truc hoanh la x° +mx® —x—m =0
& (x3 —x)+m(x2 —1) =0 x(x2 —1)+m(x2 —1) =0 (x2 —1)(x+m) =0 {x =+
X =-m
D€ phuong trinh trén ¢ ba nghiém phan biét khi va chi khi —m # +1 < m# +1.
Cau 103. Chon B.
PTHDGD duong cong véi truc hoanh

x=1
=2 +(1-m)x+m=0<(x-1)(x*—x-m)=0 <
(1-m) ( )( ) X —x-m=0(1)
D& duong cong cat truc hoanh tai 3 diém phan biét thi PT(1) phai cé 2 nghiém phan
biét déu khac 1.
1P-1-m=0 1 0
Tlag =rram>0T 5"

Khong mat tinh tong quat, gia st x, =1 con x,,x, langhiém cua PT(1)

X, +x,=1
3{2 3

2
=3 +x; =(x,+x,) —2x,x0, =1+2m
X, X, =—Mm

2

4>l +x+x =2+42mem<l

so )T <m<Loo L
Vay ¢ 4 la gia tri can tim.
m=#0

Cau 104. Chon A.
bat f(x)=x"+mx® +1= f'(x)=3x" +2mx
x=0

PTHDGD: x*+mx’ +1=—x+1e x(x* +mx+1)=0<|
X +mx+1:0(1)

D& duong cong cat dwong thang da cho tai 3 ¢i€ém phan biét thi PT(1) phai c6 2

nghiém phan biét déu khéc 0.

{02+Om+1¢0 [m>2

A =mP-450"

1) m<-2

X, +X, =—m

1 2

XXy =

Goi x,,x, la2 nghiém cua PT(l) = { va day cting la hoanh d¢ cua B va

C, d€'tiép tuyén tai B, C vudng goc véi nhau, thi can co:

f'(xl)f'(x2)=—1<:>(3x12 +2mx1)(3x§ +2mx2)=—1

© 97} +4m’x x, +6mx,x, (x, +x, ) = -1 9+4m’ —6m’ =1 < m = +y/5 (thoa).
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Cau 105. Chon C.
Ta co:
x=0

2 =3t (- T)rsd=2enl e a 28 S (m3) =0 ) a0

D& duong cong cat duwong thang da cho tai 3 ¢iém phan biét thi PT(1) phai c6 2
nghiém phan biét déu khac 0.
2.0°-3.0m+(m—-3)=0

A :9;112—8(;71—3)>0®"”'&3

(1)
Goi x,,x, la2 nghiém caa PT(1)

3m
N+ = 2 8(m-3 2 _
= 2 3(x1—x2)2=9m 8 )=9m Sm+24 oy day cfing 1a hoanh
m—3 4 4 4
X%, =

d6 ctia diém A va B. Vi C(0;1) ndm gitta A, Bnén x,x, <0< m<3. Ta cd:

m=0
AB*=30=(x,~x,) +(y,~1,) =5(x,~x,) ©M=6© s (thoa)
9

Cau 106. Chon D.
Ta céd
3 2 2 x:O
x” +2mx +3(m—1)x+2=2—x<:>x(x +2mx+3m—2)=0<:> 5
x* +2mx+3m—-2=0 (1)

D& (C) cat d tai 3 diém phan biét thi PT(1) phai c6 2 nghiém phan biét déu khac 0
{02 £2m0+3m=2#0 |1<mz>

< A'=mz—(3m—2)>0<:> .

X, +x.=-2m
Booc :>(xB—xC)2:4m2—12m+8

Khi d9, ta co:
XpXo =3m—2

BC
Sype =—————=BC* =48 =(x, —x. ) +(y,-y.) =2(x; —x.) =2(4m* ~12m+8)

=4
& [m (thoa).
m=-1

Cau 107. Chon C.
Ta c6 phwong trinh hoanh d6 giao diém

x3—6x2+9x—6=mx—2m—4<:>(x—2)(x2—4x+1—m)=0<:>

X —4x+1-m=0

( xX— 2)2 =m
D& (C) cit d tai 3 diém phan biét thi phuong trinh (x—2)" =m+3 phai c6 2 nghiém
phan biét déu khac 0.
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Cau 108.

Cau 109.

Cau 110.

m+3>0
S -3<m#].

=3
(0-2) =m+3
Chon C.
PTHDGD:
3 2 2 X=2
¥ =3 +1=(2m—1)x—4m-1 (x-2)(x* —x-1-2m) =0 |
x'—=x-1-2m=0
D& (C) cat d tai 3 diém phan biét thi phwong trinh x* —x—~1-2m =0 phai cé 2 nghiém
phan biét déu khac 2
{22—2—1—27117&0

= S m= 2 hodc c6 2 nghiém chung Inghiém trong d6 bang
A'=1+4(1+2m)=0 8

2 va nghiém con lai khac 2=2°-2-1-2m=0< m:%. Thtt lai c6 nghiém x =2

hoac x=-1.

Chon B.

PTHD cuia (C) v6i truc hoanh: x° —(m+3)x* +4mx—m* =0 (*)

Diéu kién can:

W xi+ad =8=(x, +ay txe ) —2(xx, +x,xe +xcx, ) =(m+3) —8m e m=1
biéu kién da: m=1 thi phuong trinh (*) ¢6 3 nghiém.

Chon D.

Tac6 A:y=k(x+1). PTHDGD (C) va

A:x3—5x2+3x+9=k(x+1)<:>x3—5x2+(3—k)x+9—k=0

yo+y3+yc:3yG:6:{k(x3+1)+k(xc+1)=6 3

DKc‘én:{ =k=
X, +x,+x.=5 Xp+XxX.=6

bk du: Thay vao du 3 diém phéan biét A, B, C.
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Chidé7  BAITOAN TIEP TUYEN, SU TIEP XUC

CUA PO THI HAM SO
Ao

A. KIEN THUC CAN NAM

1. Tiép tuyén
Cho ham s8 y = f(x), 6 d thi (C).

Tiép tuyén cua db thi (C) tai diém M, (x,;y, ) (C) ¢ dang: ly—y, = f'(x,)(x—x, |-

Trong do:
* Diém M, (xo;yo) e (C) duoc goi la tiép diém. (véi y, = f(xo)).
* k=f'(x,)1a hé s6'gbc ctia ti€p tuyén.
w Luu y:
¢ Tiép tuyén cta (C) hodn toadn xdc dinh néu biét hé s6'géc cha ti€p tuyén hodc hoanh dj
tiép diéim.
* Dudng thang bit ki di qua M, (xo; yo) c6 hé s6 goc k, co phuong trinh

y=Y, :k(x—xo) .

¢ Cho hai duong thang A :y=kx+m, va A, :y=kx+m,.

Luc do: ANIA, &k =k, vam #m, ; A LA okk, =-1
2. Diéu kién tiép xiic:
Cho hai ham s8 y = f(x), (C)vay =g(x), (Ch.

(C) va (C') tiép xtic nhau khi chi khi hé phuwong trinh /() 6 nghiém.
I
Ddc biét:
X 2 § i g <o o S =hetm
Puong thang y = kx +m la tiép tuyén véi (C): y = f(x) khi chi khi hé o=k
X)=

nghiém.
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B. CAC DANG TOAN VE PHUONG TRIiNH TIEP TUYEN
I. CAC DANG PHUONG TRINH TIEP TUYEN THUONG GAP

Cho ham s6" y = f(x), Qo1 d0 thi ciia ham s6'la (C)

1. Viét phwong trinh tiép tuyén ctia d6 thi ham s6 (C):y = f(x) tai M(x,;y,).

Phuwong phdap
o Buwéc 1. Tinh y' = f’(x) suy ra hé s goc ciia phurong trinh tiép tuyén la k=y'(x, ).

o Budc 2. Phuong trinh tiép tuyén cua d6 thi (C) tai diém M (x,;y,) c6 dang
Y=Y, Zf,(xo)(x_xo)'
= Chit :
o Neéu dé bai yéu cau viét phuong trinh tiép tuyén tai di€ém c6 hoanh d¢ x, thi khi d6
ta im y,bang cach thé vao ham sd ban dau, tic y, = f (x,). Néu dé cho y, ta thay
vao ham s6 d€ giaira x,.
o Néu dé bai yéu cau viét phuwong trinh tiép tuyén tai cac giao diém cta d6 thi
(C ) y=f (x) va duong thang d: y = ax +b. Khi d6 cdc hoanh d6 tiép diém la nghiém
cua phuong trinh hoanh d¢ giao diém gitta d va (C)

+ SUDUNG MAY TINH CASIO:
Phuong trinh tiép tuyén cta d6 thi (C) tai diém M (xo ; yo) c6 dang:
y= f'(xo)(x_xo)+yo =f'(x0)x—x0f'(x0)+f(x0)
a= f’(xo)
b:_xof'(xo)"‘f(xo)

Nhu vay cdc bude tim ti€p tuyén cua d6 thi (C) tai diém M (x,;y, ):

Hay d:y=ax+b Véi{

o Budc 1: Tim hé s6 goc tiép tuyén k=a= f’(xo).

Nnp |- (£(x)

bang cach nhén SHIFT || o| sau d6 nhén = ta duoc a.
X =X, u]

o Buwéc 2: Tim hé s8 tw do b=—x, + f(x,)

Sau d6 nhan véi [-X] tiép tuc nhén phim + |f (x) X = x, nh&n phim = ta

dwoc b.
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MOT SO BAI TOAN MINH HOA

Bai todn 1: Cho ham s6 (C):y =x’+3x*. Phuong trinh tiép tuyén cua d6 thi (C) tai diém
M(1;4) la
A. y=-9x+5. B. y=9x+5. C. y=-9x-5. D. y=9x-5.

Loi giai:
Taco y'=3x"+6x = k=y'(1)=
Phuong trinh tiép tuyén tai M (1;4) 1a d:y=y'(x,)(x—x,)+y, =9(x—1)+4=9x-5.
Chon dap an D.
Siwr dung may tinh:

o Nhap di(;@ +3X7) nhén dau = ta dwoc 9.
X

o Sau d6 nhan véi () nhén ddu + |X°+3X2|[CALC] X =1 = ta duoc —5.

Vay phuong trinh tiép tuyén tai Mla y=9x-5.

Bai todn 2: Cho ham s8 y = -2x° + 6x” — 5. Phuong trinh tiép tuyén ctia (C) tai diém M thudc
(C) va c6 hoanh d¢ bang 3.
A. y=-18x+49. B. y=-18x-49. C. y=18x+49. D. y=18x-49.

Loi gidi:
Ta c6 y' =—6x" +12x . V6i x, =3=y, =-5= M(3;-5) vahé sd gc k =y'(3)=-18. Vay phuong
trinh ti€p tuyén tai M la y =-18(x—3)-5=-18x+49. Chon dap an A.

Swr dung may tinh:

nhan dau = ta dwoc—18.

x =3

o Nhap d%(—z)@ +6X*-5)

o Sau d6 nhan véi () nhén ddu + |-2X° +6X2-5|[CALC| X =3 nhan dau = ta duoc 49.

Vay phuong trinh tiép tuyén tai Mla y=-18x+49.

Badi todn 3: Cho ham s6 ( ) —2x*. Phuwong trinh tiép tuyén cua (C ) tai diéfm M c6

hoanh d6 x, >0, biét y ( ) -11a

A. y=-3x-2. B. y=-3x+1. C. y:—3x+% D. y:—3x+i.

Loi gidi:
Tacod y'=x"—4x,y"=3x"-4.
Ma y'(x,)=-1=3x —4=-1 &x2 =1 ox,=1 (v x,>0).
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Vay y, =—£, suy ra k=y’(1)=—3.

Vay phuong trinh tiép tuyéntai M la d:y= —3(x—1)—£ =>y= —3x+%

Chon dap an C.
St dung may tinh:

o Nhap i(lX‘l —ZXZJ

dx\ 4

x=1

o Sau d6 nhan véi () nhén ddu +

lX“ -2X?
4

Vay phuong trinh tiép tuyén la d:y =-3x+ Z

nhan ddu = ta duwoc -3.

CALC|X =1 = tadu’cycg.
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2. Viét phwong trinh tiép tuyén cta d6 thi ham s (C):y = f(x) c6 hé s goc k cho trudc.

Phwong phap
o Budc1. Goi M(xo;yo)lé ti€p diém va tinh y' = f'(x).
o Buwdc2. HeésG goc tiép tuyénla k= f'(x,).
Giai phuong trinh nay tim duwoc x,, thay vao ham sd duwoc y,.
o

Buéc 3. Véi mdi tiép diém ta tim duoc cac tiép tuyén twong tmg
d:y-y, :f,(xo)(x_xo)
= Chii yj: Dé bai thuong cho hé s6 gdc tiép tuyén dudi cac dang sau:
o Tiép tuyén d // A:y=ax+b= hé s6 gdc cua tiép tuyén la k =a.
o Tiéptuyén d LA:y=ax+b, (a+0)< hés8 gbc cua ti€p tuyén la k= _L
¢ Tiép tuyén tao voi truchoanh mot goc « thihé s6 goc cua tiép tuyén d la k=+tana.
+ SUDUNG MAY TiNH CASIO:
Ta dabiét b=—x,f '(x0)+ f (xo) da chtiing minh ¢ phan trude, nhu vay ta lam nhw sau:
Nhéap k(-X)+ f(x) |CALC| X = x, nhan d&u = ta duogc b.
Phuong trinh tiép tuyénla d:y =kx+b.

MOT SO BAI TOAN MINH HOA

Bdi todn 1: Cho ham s6 (C ) :y=x"—3x+2. Phuong trinh tiép tuyén cua (C) biét hé s6 goc cua
tiép tuyén doé bang 9 la:

A y:9x—14- B. y:9x+15- C. y:9x—1. D. y:9x+8‘
y=9x+18 y=9x-11 y=9x+4 y=9x+5
Loi giai:

Taco y'=3x"-3.Vay k=y'(x,)=9 <= 3x -3=9 < x =4 x,=2vy =-2..
+ V6i x, =2=>y, =4 tacé tiép diém M(2;4).
Phuong trinh tiép tuyén tai Mla y=9(x—2)+4:>y=9x—14.
+ Voi x,=-2=y,=0 taco tiép diém N(—Z;O).
Phuong trinh tiép tuyén tai N1a y=9(x+2)+0=y=9x+18.

Vay c6 hai tiép tuyén can tim la y =9x—14 va y=9x+18. Chon dap an A.
Stt dung may tinh:

+ V6i x,=2 ta nhap 9(-X)+X’-3X*+2 |CALC| X=2 nhdn déu [F ta dugc -14
=>y=9x-14.

+ V6i x,=-2 ta nhdp 9(-X)+X’-3X*+2 |CALC| X=-2 nhén ddu = ta duoc 18
=y=9x+18.
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Bdi todn 2: Cho ham s& (C ) Y= 2% +21 - Viét phuong trinh tiép tuyén ctia (C) biét tiép tuyén
X+
song song v6i duong thang cé phuwong trinh A:3x—y+2=0.
A. y=3x-2. B. y=3x+14 C. y=3x+5. D. y=3x-8.
Loi giai:
Ta co y'z%, A:3x-y+2=0=y=3x+2.
(x+2)
Do tiép tuyén song song véi duong thang A nén k = % =3
(xo +2)
+2=1 =-1
<:>(x0+2)2:1<:> %o |
x,+2=-1 X, =-3

2X+1

+ V6i x, =—1 nhap 3(-X)+ CALC| X =-1 nh&n d&u = ta duoc 2, suy ra
d:y=3x+2 (loai do trung voi A).
+ Véi x, =-3 |CALC| X=-3 nhan ddu[=] ta duwgc 14 =d:y=3x+14.
Vay phuong trinh tiép tuyén la d:y =3x+14. Chon dap an B.

Bai todn 3: [Thi thit chuyén Quéc Hoc Hué Ian 1 nam 2017]

n A 2 Y 2 7 N A AVN . 2. \ A X — 1 A A 2
Tim toa d0 ctia tat ca cac diém M trén do thi (C ) ciahamso y = i1 sao cho ti€p tuyén caa
X+

(C) tai M song song vé6i duong thang d:y = %x + 7

2
A. (0;1),(2;3) B. (1;0),(-3;2) C. (-3:2) D. (1;0)
Goi tiép diém 1a M(x,;y,)
= Tiép tuyén y=f'(x0)(x—x0)+y0 v6i hé s6 goc sz'(xo)z 2 3
x, +1)

Tiép tuyén song song voi d:y = %x +% nén c6 hé sd goc

1 2 1 2 X
k== =—o(x,+1) =d4|
2 (x0+1)2 (xo ) |:x0

Véi x, =1=y,=0=(1,0)

=1
=-3

Vé6i x, =-3=y,=2=(-3;2)
= Dap s6 chinh xacla B

Stt dung Casio
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Pé bai hoi cac diém M nén ta du doan c6 2 diém , lai quan sat thdy dap an B dwgc ciu tao tir

dap an C va D nén ta wu tién thir dap an D truoc.

Tiép tuyén song song véi d nén ti€p tuyén cd hé s§ goc bang hé s goc cta d va bang %
Tinh /(1) = Diém M(1;0) I mdt i¢p diém

EAEECOEOOEmBOe®IE

d ::,:: 1 Math &
E[ Al ]| x=1 )
z
Tinh '(-3) =~ = Diém M(-3;2) la mdt tiép diém
@EEHEE
]

lj ::.::_1 Math &
e e |
0.5

= B la dap an chinh xac

Bdi todn 4: [Thi thit Group nhém toan Facebook 1an 5 nam 2017]

Tim toa d0 diém M c6 hoanh dd Am trén do thi (C ) Y= %xz —x +§ sao cho tiép tuyén tai M

vudng goc voi duong thang y = —%x +§

A. M(-2;0) B. M(—B;—%J C. (4;%) D. M(l;ﬁj

Loi gidi:
Goi tiép diém 1a M (x,;y,)
= Tiép tuyén yzf'(xo)(x—xo)ero vOi hé s6 goc k=f'(x0)=x§—1
o« A ~ A 14 7. 1 2 A 7 A ~ /4
Tiép tuyén vudng goc voi y = —g¥tgnéncd hé sd goc
1 2
k. -3 =-lok=3cx,-1=3cx,=12

= Dap s6 chinh xac la A
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3. Viét phwong trinh tiép tuyén cta d6 thi ham sg (C):y = f(x) biét tiép tuyén di qua diém
A (x oY )
Phuong phap
+ Cdch 1.
o Budc1: Phuwong trinh tiép tuyén di qua A(x,;y, ) hé s8 goc k c6 dang
d:y=k(x—x,)+y, (¥
o Buwéc2: d latiép tuyén ctia (C) khiva chi khi hé sau c6 nghiém:
f(x)zk(x—xA)+yA
f(x)=k

o Buwdc 3: Giai hé nay tim duoc x suy ra k va thé€ vao phuong trinh (¥), ta duoc

tiép tuyén can tim.
+ Cdch 2.
o Budcl:  Goi M(x,; f(x,)) la tiép di€m va tinh hé s6 goc tiép tuyén
k= y'(xo)z f’(xo) theo x,.
o Budc2: Phuong trinh tiép tuyén c6 dang: d:y =y'(x,).(x—x,)+y, (+*).
Do diém A(xA;yA) ednény, =y (x ) ( x0)+y0 giai phuwong trinh
nay ta tim duoc x, .
o Bwdc3: Thé x, vao (**) ta duoc tiép tuyén can tim.
Chii yj: D61 véi dang viét phuong trinh tiép tuyén di qua diém viéc tinh toan twong d6i mat
thoi gian. Ta ¢6 thé siv dung méy tinh thay céc dap an: Cho f(x) bang két qua cac d4p an. Vao
MODE|— |5 — |4] nhap hé s6 phuong trinh. Thong thuwong mdy tinh cho s6' nghiém thirc nhé hon

s0'bdc cua phwong trinh la 1 thi ta chon ddp dn do.

MOT SO BAI TOAN MINH HOA

Bdi todn 1: Cho ham s8 (C):y =—4x"+3x+1. Viét phuong trinh tiép tuyén cua (C) biét tiép
tuyén di qua diém A(-1;2).

A y=-9x- 7 B y=4x+2 C y=x-7 D y=-x-5
y=2 ly=x+1 “ly=3x-5 ly=2x-2
Loi gidi:

Tacod y'=-12x" +3.
+ Tiép tuyén cua (C) di qua A(-1;2) v&ihé s6 goc k ¢ phuong trinh la d:y =k(x+1)+2.

+ d 1a tiép tuyén ctia (C) khi va chi khi hé sau c6 nghiém:
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—4x* +3x+1=k(x+1)+2 (1)
-12x*+3 =k (2)
Thay k tir (2) vao (1) ta duwoc —4x° +3x+1=(—12x2 +3)(x+1)+2
x=-1

<:>8x3+12x2—4=0<:>[x—lj(x+1)2 0o
2 xX=

1.
2
+ Véi x=-1=k=-9. Phuong trinh ti€p tuyén la y =—9x-7.

¢ V6i y =217 Phuong trinh tiép tuyén la y=2.
(cx + d)
Chon dap an A.

Bdi todn 2: [Thi th@t chuyén Nguyén Thi Minh Khai [4n 1 ndm 2017]
SG tiép tuyén voi do thi (C) : y=x"—3x"+2 di qua diém M(1;0) la:
A. 4 B. 2 C.3 D.1

Loi giai:
Goi tiép diém la M (xo ; yo)
= Phuong trinh tiép tuyén y = f'(x, )(x—x,)+y,, trong d6 hé s8 goc k = f'(x, ) = 3x; —6x,
Thé f'(x,) vao phwong trinh tiép tuyén duoc y = (3x§ —6x, )(x —x, )+ x5 —3x] +2
Tiép tuyén di qua diém M (1;0) = 0=(3x} -6x, )(1-x,)+x; —3x; +2
& —2x) +6x2 —6x,+2=0
& —(x, - 1)(2x,* 4%, +2) =0
>0,Vx,
< x,=0
Stt dung Casio
Str dung may tinh véi 1énh MODE 5 d€ giai phuong trinh bac 3 trén
g B H@EEAEEE8EHEERE

[F] Math

Y=
1

Ta thdy c6 1 nghiém x, = Chi c6 1 tiép tuyén duy nhat.
= D la dap an chinh xac
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4. Viét phwong trinh tiép tuyén chung ctia hai d6 thi ham s& (C,):y = f(x) va (C,):y =g(x).

Phuong phdp
o Budc1. Goi d ti€p tuyén chung cua (C,), (C,) va x, la hoanh d tiép diém ctia d

va (C1) thi phwong trinh d c6 dang yzf’(xo).(x—xo)Jrf(xO) (***)
o Buwédc 2. Dung diéu kién tiép xtic ctia d va (Cz), tim dwoc x,.

o Buwdc3. Thé x, vao (***) ta duoc tiép tuyén can tim.
0 p tuy

BAI TOAN MINH HOA

Cho hai ham sé:
(C)y=F(x)=2Vx, (x>0) va (C.):y=g(x) =5 VB-x", (-2V2<x<2\2)

Phuong trinh tiép tuyén chung cta hai 6 thi ham s6 la:

1 1 1 1
A. y=—x+5. B.y=—x-1. C.y==—x+2 D. y==—x-3.
Y 2 Y 2 Y 2 Y 2
Loi giai:

Goi d la phuong trinh tiép tuyén chung cta (C,), (C,) va x,=a(a>0 va 22<a<2\2) 1a
hoanh d¢ tiép diém cua d v6i (C,) thi phuong trinh d la

' _ L x—a)+2va.
y=F(x)(x=a)+ v = (x-a) + 24

1 /e -
2

++a (1)

Sk

d ti€p xtic v6i (C,) khi va chi khi hé sau c6 nghiém: N )
= 2
2y8-x* )

a
Thay (2) vao (1) ta dugc phuong trinh hoanh d¢ tiép diém cua d va (C,).

—2\/E<x<2x/§

l\/g:_ ¥ 2 8—x2<:> x#0
2 2y8-x° * x(8—x2):—x3—4(8—x2)

22 <x<22

<<x#0 o x=-2.
x?-2x-8=0

Thay x=-2 vao (2) ta duoc 1 % < a=4=x,=4. Vay phuong trinh tiép tuyén chung can

Ja

tim la y:%x+2. Chon dap an C.
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IL. MOT SO CONG THUC TINH NHANH VA TiNH CHAT CAN BIET

Bai todn 2.1: Cho ham s6 y == +Z (c £0, x# —EJ c6 do thi (C). Goi A la phuong trinh
X+ c

tiép tuyén tai M € (C) va I la giao diém 2 duong tiém can.

Ta ludn co:
1. Néu A L IM thi chi ton tai 2 diém M thudc 2 nhanh cua d6 thi (C ) ddi xang qua I va

x :i—“|ad_bc|_d.Céchnhé’: cxy, +d ==*.[|lad—bc| .

M
Cc — [——

mu s§ clia ham s¢ it s6 ciia ham s6

2. M ludn la trung diém ctia AB(véi A, B la giao diém cua A vdéi 2 tiém cén).
‘bc - ad‘

3. Dién tich tam giac IAB khong d6i véi moi diém Mva S, ,, =2—
c

4.Néu E, F thudc 2 nhanh ctia d6 thi (C) va E, F d&i xtng qua I thi tiép tuyén tai

E,F song song véi nhau. (suy ra mot dwong thang d di qua E, F thi di qua tam ).

CHUNG MINH:

Tacd y' = ad—b02 ; (—E;EJ la giao diém ctia 2 tiém can.
cx+d) cc
. ax, +b d . o L .
Goi M| x,,; €(C) ; | x,, #—— |. Phuong trinh ti€p tuyén tai M c6 dang
Xy, + c
Ary= ad—bc (x—x )+axM+b
(cx,, +d)? M7 ex,, +d

Chitng minh (1).

c c(cxM+d) (cxM+d)
d bc—ad ad—bc

e ALIM= IM.ua :O@xM+?+c(cxM+d)'(cxM+d)2 =0

- (cxM er)4 —(ad—bc)2 0oy, -

c(cxM +d)3 ¢

Chitng minh (2).

. o , e e A A ) a
e Giao diém ctia A vdi tiém can ngang la A(ZxM +— ;—j .
cc

, e A A \ +2bc—ad
e Giao diém cua A voi tiém can dung 1a B _E;acxM cm
c c(cxM+d)
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d d

X, +x, =2x, +———=2x,,
o Xét ©
N _a+acxM+2bc—ad_ axM+b_2 '
YaT = c(cx,, +d) “cx,, +d Ju

Vay M ludn 1a trung diém ctia AB.
Chitng minh (3).

. fg[w; CJ v ﬁ;[o; MJ
c c(cxM+d)
e AIAB vuong tai I

cx +d| bc ad| 2|bc ad|

2

L -1

= SAIAB = 5

=hang sd.

c | cx +d| c

Vay dién tich AIAB khong d6i v6i moi diém M |

Chimg minh (4):
Goi E(xE;axE+bj (C) (x ¢_EJ:>1:(_2_d—xE; Q_”xg"‘b]
cx,. +d

: c c cx,+d

(E,F d6i xtng qua I).

e Phuong trinh ti€p tuyén tai E c¢6 hé s0 goc k, = Lbcz 1.
(ch +d )
e Phuong trinh tiép tuyén tai F c6 hé s goc
ad —bc ad —bc ad —bc ad —bc

{c(—z"l_%} dT (2d-cx, +d)’ (-d-cx,) (cx,+d)

c

Tte (1) va (2) suy ra k, =k,.
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ax+b
cx+d

trén (C ), biét tiép tuyén cta (C ) tai diém M cat cac truc Ox, Oy Tan luot tai A,Bsao cho

OA=n.0B.Khi d6 x, thoa |cx, +d ==,/n.|ad—bc||.

Bai todn 2.2: Cho ham s6 y =

6 do thila (C), (c#0, ad—bc+0). Goi diém M (x,;y,)

Ta cé: tanoc:%:l.
OA n

Suy ra hé s8 géc ctia dudng thang ti€p tuyén ctia (C) la k= 1 hodc k= 1
n n

Hay [/~ . Mahé s6 goc cia (C) chinh1a ="

= |cx, +d =i1/n.|ad—bc|

Chii 4 logi nghiém: Vi A, B khong truing O nén phuong trinh ti€p tuyén khong c6 dang
y=kx (k € R)

MOT SO BAI TOAN MINH HOA

xX+2

2x+3
tiép tuyén d6 cat truc hoanh, truc tung Ian luot tai hai diém phan biét A, B va tam giac OAB
can tai gbc toa dd O.

Badi todn 1: Choham s6 y =

(1) .Viét phuong trinh tiép tuyén cua d6 thi ham s6 (1), biét

A y=—x-2. B. y=-x. C.y=—x+2. D. y=-x+1.
Loi giai:
Phwong phdp tu ludn
Goi M(xo;yo) la toa dd cua tiép diém = y'(x,) = _—12 <0.
(2x,+3)
AOAB can tai O nén tiép tuyén A song song véi duong thang y=—x (vi tiép tuyén cé hé s6 goc
_ x,=-1=y,=1
am). Nghia la y'(xo):—lzz—l S t
(2x,+3) x,=2=y,=0
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o Véi x,=-1y,=1 = A y—lz—(x+1)c>y=—x (loai).
e Véix,=-2y,=0=>A y-0=—(x+2)< y=-x-2 (nhén).
Vay phuong trinh tiép tuyén can tim la y = -x—-2.
Phuong phdp trdc nghi¢m
e Tam gidc OAB céan tai goc toa dd O néntacé OA=0OB=n=1.

cx, +d =%fn.lad —bc| = 2x, +3=+1]-1| < [i‘) i_; :
=

e Véix,=-1Ly,=1=A y—l=—(x+1)<:>y=—x (loai).
o Voix,=-2,y,=0=A: y—O=—(x+2)<:>y=—x—2 (nhan).

Bai todn 2: Cho ham s§ y = 2 _11 c6 d6 thi (C). Lap phuong trinh tiép tuyén cua do thi (C)
x_
sao cho tiép tuyén nay cat cac truc Ox, Oy lan luot tai cdc diém A va B thod man OA =40B.
yo 1.5 yoL..5
A. 4 4 B. 4 4
1. 1.8
T T
C 4 2 D. 4 2
1B 1B
T YTy
Loi giai:
Gia st ti€p tuyén d cua (C) tai M(x,;y,)€(C) cit Ox tai A, Oy tai B sao cho OA=40B.

Do AOAB vudng tai A nén tan A :%:i = Hé s8 goc ctia d bang % hoac —%.

Vi y'(xo):_ > <0 nén hé s6 goc cua d b:?mg —i, suy ra

(%,-1)

3

1 1 x, =-1 3]/025

—_— 2 = —_—— .

(x-1 4 x,=3 :yo—g
y:—l(x+1)+é y——lx+E
, , 4 2 4 4
Khi d6 c6 2 tiép tuyén thod man la:

1 5 1 13
y=——(x—3)+— =——x+—
4 2 4 4
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C. BAI TAP TRAC NGHIEM
1. DE BAI

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

Phuong trinh tiép tuyén ctia 6 thi ham s8y = x” —3x* +1 tai diém A(3;1) la
A. y=-9x-26. B. y=9x-26. C.y=-9x-3. D. y=9x-2.
Phuong trinh tiép tuyén ctia d6 thi ham s§ y = x* —4x” +1 tai diém B(1;-2) la
A. y=4x+6. B. y=4x+2. C.y=-4x+6. D. y=-4x+2.

\ AL A 3 AVN . \ A~ X — 1
Phuong trinh tiép tuyén cua d6 thi ham s6y =

tai diém C(-2;3) la
x+1

A. y=2x+1. B. y=-2x+7. C.y=2x+7. D. y=-2x-1.

Tiép tuyén ctia d6 thi ham s8 y = —x* +3x -2 tai diém D c6 hoanh d6 bang 2 ¢ phuwrong
trinh la

A.y=-9x+14. B. y=9x+14. Cy=-9x+22. D. y=9x+22.

Tiép tuyén ctia d6 thi ham s6 y = —x* +8x* tai diém E c6 hoanh d6 bang -3 c6 phuwong

trinh la

A. y=60x+171. B. y=—60x+171.

C. = 60x+189. D. = —60x +189.

Tiép tuyén ciia db thi ham s8 y =2~ ‘11 tai diém F c6 hodnh d6 bing 2 ¢6 phuwong trinh
x_

I

A.y=—x+5. B. y=x+5. Cy=-x-1. D. y=x-1.

Tiép tuyén ctia d6 thi ham s& y =2x’ +3x tai diém G c6 tung dd bang 5 c6 phuong
trinh la

A y=12x-7. B. y=-12x-7. C.y=12x+17. D. y=-12x+17.

Tiép tuyén cta d6 thi ham s& y = x* +2x* -3 tai diém H c6 tung d6 bang 21 ¢6 phuong
trinh la

A [y=40x-101 5 [v=40x-59
"l y=-40x-59° "l y=-40x-101"
=40x+59 =-40x-59
o D, [/ 7T
y=-40x+101 y=40x+101
Ti€p tuyén cua d6 thi ham s6 y:2x+21 tai diém I c6 tung dd bang 1 c6 phuong trinh la
x_
1 8 1 2 1 8 1 2
Ay=—x+—. B.y=—>x——. C.y=—-x+-—. D y=—x——.
Y 5 5 Y 5 5 Y 5 5 Y 5 5
Tiép tuyén ctia d6 thi ham sy =x° —3x* =2 ¢6 hé s6 gdc k=-3 ¢d phuwong trinh la
A y=-3x-7. B. y=-3x+7. C.y=-3x+1. D. y=-3x-1.
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Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Tiép tuyén ctia d6 thi ham s& =—1x4+2x2 co hé s8 géc bing x+2y-9=0 cb phuon
p tuy y 1 8 g Y P g

trinh la

A.y=—48x+192. B.y=—-48x+160. C.y=-48x—160. D.y=—-48x-192.

A \ - ~ ?. A . \ ' x + 3 . A/ [ . 4 ~ ~ 7
Viét phuong trinh tiép tuyén ctia do thi ham s6y = 1. biét tiép tuyén cd hé s6 goc
—-x

bang 4.
. y=4x-3 - B. [y=4x—3 - C.{y=4x+3 - D. {y=4x+3 .
y=4x+13 y=4x-13 y=4x+13 y=4x-13
C6 bao nhiéu tiép tuyén ctia d6 thi ham s6 y =—x> +2x* song song véi duong thang
y=x?
A.2. B. 1. C.3. D. 4.

Tiép tuyén song song véi duong thang y = -36x+5 cta d6 thi ham s8 y=x*+x* -2 ¢6
phuong trinh la
A. y=-36x-54. B. y=-36x+54. C.y=-36x-90. D.y=-36x+90.

—x+b5

Cho ham y = 5 c6 do6 thi la (C). Viét phuong trinh tiép tuyén cua (C) sao cho tiép

X+

tuyén dé song song véi duong thang d:y = —;x +§ .

SR Y- R DU DU
A D . 7 .C.y:—lx—é. D.y:—lx+§.
1 23 1 23 7 7 7 7
y=——x—-— =——x+—
7 7 7 7

Cho ham y=2x"-3x-1 ¢6 do thi la (C). Tiép tuyén cta d6 thi (C) vudng goc véi
duong thang x+21y -2 =0 c6 phuong trinh la:

1 1
y=—x-33 _ 21x-33 —21x-33 y=o7%-33
Al 2 . B. [y X C. {y * D 21

y=-21x+31 y=21x+31 y:;—;x+31

1
=—x+31

Y 21
Tiép tuyén cua d6 thi ham s§ y=-x'-2x*+3 vudng gbéc véi duong thing

x—8y+2017 =0 c6é phuong trinh la

A.y:—%x+8. B. y=8x+8. C. y=-8x+8. D. y:%x—S.
Phuong trinh tiép tuyén cua d6 thi ham s y = x—2 biét tiép tuyén vudng goc voi
X+
duong thang y=-6x+1 la
A y:lx+l. B yzlx—l C. 6 3 . 6 3
——lx—l —lx+E
3 76"

Tong hop cdc chuyén dé luyén thi dai hoc Trang 409



Bién soan: Buii Trin Duy Tudn https://facebook.com/duytuan.qna

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

C6 bao nhiéu tiép tuyén cta do thi ham s6 y = x* —4x” tai giao diém ctia d6 thi vdi truc

Ox?

A.4. B. 2. C. 1. D. 3.

Cho ham s8 y=-x"+3x—2 c6 db thi (C). Tiép tuyén ctia do thi (C) tai giao diém cua
(C) vdi truc hoanh c6 phuong trinh la
y=0

y=-9x-18

y=0

A. y=-9x-18. B. .
y=-9x+18

C. y=-9x+18. D{

Goi d 1a tiép tuyén ctia d6 thi ham s& (C): y=—

n tai giao diém A caa (C) va truc

hoanh. Khi d6, phwong trinh ctia duong thang d 1a

A.y:ix—g. B.y:—ix—i. C.y:ierZ. D.y:—ix+i.

Tai giao diém ctia d6 thi ham s8 (C): y =2x"—6x+1 va truc Oy ta 1ap duoc tiép tuyén
c6 phuong trinh 1a

A. y=6x-1. B. y=-6x-1. C. y=6x+1. D. y=-6x+1.

Phuong trinh ti€p tuyén cua d6 thi ham s6 (C): y = —%x“ +3x% -2 tai giao diém M cua

(C) véi truc tung la

=2 =2
A B.y=2. C.y=-2. D. {y .
y=2 y=0

2x+1

Goi d la tiép tuyén ctia d6 thi ham s6 (C): y = 3 tai giao diém A cua (C) va truc

x —
tung. Khi d6, phuong trinh ctia dwong thang d 1a
7 1 7 1 7 1 7 1

Aly=—x——. By=——x+—. Cy=——x——. D y=—x+—.
Y 9 3 Y 9 3 Y 9 3 Y 9 3

3
Tiép tuyén cua d6 thi ham s6 (C):y 2%—2x2 +3x+1 song song véi duong thang

y=3x+2016 c6 phuong trinh la

- A ~ . - A? .« A? 2 AVN . Ay 4 'x ~
Tiép tuyén tai diém cuyec tiéu ctia d6 thi ham sé y = 5 —2x*+3x-5 sé

A. song song véi duong thing x=1. B. song song vdi truc hoanh.

C. c6 hé s6 goc duong. D. c6 hé s6 goc bang —1.

Phuong trinh tiép tuyén véi d6 thi ham s6 y = 2_x1 tai diém co tung d6 bang 3 1a
x —

A. x-2y-7=0. B. x+y-8=0.

C. 2x-y-9=0. D. x+2y-9=0.
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Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cho duwong cong (C):y = x° —3x”. Viét phuong trinh ti€p tuyén ctia (C) tai diém thudc

(C)va cd hoanh d6 x, =-1.

A. y=-9x+5. B. y=9x+5. C.y=9x-5. D. y=-9x-5.

Phuong trinh tiép tuyén ctia d6 thi ham s§ y =3x” —x* ~7x+1 tai diém A(0;1) la

A y=x+1. B. y=-7x+1. C.y=1. D. y=0.

Choham s8 y = x° —=3x* +1 c6 d06 thi (C) . Khi d6 phwong trinh ti€p tuyén ctia d6 thi (C)

tai di€ém c6 hoanh d¢ bang 5 1a

A. y=—45x+276. B. y=—45x+174.

C. y=45x+276. D. y=45x-174.

Cho ham s6 y=x" -3x* +6x+1 ¢6 db thi (C). Trong cac tiép tuyén cua (C), tiép tuyén

c6 hé s0 goc nho nhét c6 phuong trinh la

A. y=-3x+2. B. y=3x+2. C. y=-3x+8. D. y=3x+8.

Cho ham s8 y =-x" +6x% +3x -1 ¢6 d6 thi (C). Trong cac tiép tuyén cua (C), tiép tuyén

c6 hé s goc 16n nhat cd phuwong trinh la

A. y=15x+55. B. y=-15x-5. C. y=15x-5. D. y=-15x+55.

Choham s8 y = x’ +x +1 c6 d6 thi (C). Khang dinh nao sau day la khang dinh sai?

A. Ham s0 lu6n dong bién trén R .

B. Trén (C) ton tai hai diém A(x,;y,), B(x,;y,) sao cho hai tiép tuyén cua (C) tai A va B
vuong goc.

C. Tiép tuyén ctia (C) tai diém cé hoanh d6 bang 1 cé phuong trinh 1a y=4x-1.

D. D6 thi (C) chi cit truc hoanh tai mot diém duy nhat.

Puong thang y =ax—b tiép xtic v6i d6 thi ham s6 y = x”+2x° —x+2 tai diém M(L;0).

Khi d6 ta co6

A. ab=36. B. ab=-6. C.ab=-36. D. ab=-5.

Cho ham s8 y = x> —x* +2x+5 ¢6 d6 thi (C). Trong cac tiép tuyén cua (C), tiép tuyén cd

hé s6 goc nho nhat, thi hé sd géc cua tiép tuyén do la

Al B. 2. ci D.

3 3 3

W |

Cho ham s6 y = ﬂi c6 do thi (C). Tiép tuyén cta (C) tao vdi truc hoanh gdc 60° c6
x —

phuong trinh la
A _y:—\/§x+4\/§ B y:\/gx—éh/g
. _y:\/gx . . y:\/gx .
_yz—\/§x+4\/§ yz—\/gx—éh/g
C. . D. .
ly=—3x y=—3x
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Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cho ham s8 y = x> —3mx* +3(m+1)x+1 (1), m 1a tham s&. Ki hiéu (C,) la d6 thi ham s&
(1) va K 1a diém thudc (C,), c6 hoanh d6 bang —1. Tap tat ca cac gia tri ctia tham s& m

dé tiép tuyén cua (C,) tai diém K song song véi duong thang d:3x+y =0 la
A. {-1). B. 2. C. {—%;—1}. D. {—1}.

Chohamsd y=x"+ % mx® +m—1 ¢ d0 thi (C). Biét tiép tuyén cua (C) tai diém c6 hoanh

d% bang —1 vudng gdc véi duong thang c6 phuong trinh x -3y +1=0. Khi d6 gia tri cua
m la

13
-
Cho ham s8 y=+/2x+1 c6 db thi (C). Biét tiép tuyén d ctia db thi (C) vudng goc véi
duong thang y =-3x+2017 . Hoi hoanh d6 tiép diém ctia d va (C) bang bao nhiéu?

A. —é. B. 1. C. 4 D.-4.

9
Cho ham s8 y =3x-4x ¢6 d6 thi (C). Tir di€ém M(1;3) c6 thé ké duoc bao nhiéu tiép

1

A.m=-1. B. m=0. C.m= D. m=

tuyén véi d6 thi ham so (C) ?

A.0. B. 3. C.2. D. 1.

Cho ham s8 y =x+x+2 ¢6 do thi (C). Tiép tuyén tai diém N(1;4) cua (C) cat do thi
(C) tai di€ém thit hai la M. Khi d6 toa dd diém M la

A. M(-1;0). B. M(-2;-8). C. M(0;2). D. M(2;12).

Cho ham s6 y=x*> —x*+x+1 c6 do thi (C). Tiép tuyén tai diém N ctia (C) cat do thi (C)
tai diém thit hai 1a M(-1;-2). Khi d6 toa do diém N 1a

A. (-1;-4). B. (2;5). C. (1;2). D. (0;1).

Cho ham s6 y = x” + 3mx® +(m+1)x+1 6 d6 thi (C). Vi gié tri nao cta m thi tiép tuyén

v6i do thi (C) tai diém c6 hoanh d6 bang -1 di qua A(1;3)?

A.m:Z. B.m:l. C.m:—l. D.m:—z.
9 2 2 9
Cho ham s6 y = x—rf c6 d6 thi (C, ). Vi gid tri nao cua m thi ti€p tuyén cua (C) tai
X+

diém c6 hoanh dd bang 0 song song véi duong thang y =3x+1?

A.m=3. B. m=1. C.m=-2. D. m=2.

Cho ham s6 y = Ll <6 db thi (C) va goc toa dd O. Goi A 1a tiép tuyén caa (C), biét A
X+

cat truc hoanh, truc tung Ian luot tai hai diém phan biét A, B va tam gidc OAB can.
Phuong trinh A 1a
A.y=x+1. B. y=x+4. Cy=x-4. D.y=x.
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Cau 4e6.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cho ham s8 y = —x* —x*+6 ¢6 d6 thi (C). Tiép tuyén cta d6 thi (C) cat cac truc Ox, Oy
lan luwot tai hai diém A, B sao cho OB = 360A c6 phuong trinh la:

[x—36y—4=0. B [y=—36x—86.

x+36y—-4=0 y =36x-86
{y=—36x+58 b [x—36y+14:0
Yy =36x+58 x+36y+14=0

Cho ham s6 y :2(x—+1)
X

(C ),bié’t tiép tuyén cua (C ) tai diém M cat truc hoanh, truc tung lan lwot tai hai diém

c6 do thila (C) . Goi diém M (xo; yo) vOi x, >—1 la diém thudc

phan biét A, Bva tam gidc OAB c6 trong tim G nam trén duong thang d:4x+y=0.
Hoi gia tri caa x, +2y, bang bao nhiéu?

A. —Z. B.Z. C.E. D. —E.
2 2 2 2

Cho ham s6 y =x* —2mx* +m (1), m la tham sd thyc. Ki hiéu (Cm) la &6 thi ham s6 (1);

d 1a tiép tuyén cta (Cm) tai diém c6 hoanh d6 bang 1. Tim m d€ khoang cach tir diém

B(% ; 1} dén dudmg thing d dat gid tri 16n nhat?

A. m=-1. B. m=1. C.m=2. D. m=-2.
Cho ham 56 y =22 6 @ thi la (C). C6 bao nhiéu tiép tuyéh cia 4o thi (C) tai
X+

nhiing diém thudc d6 thi c6 khoang cach dén duong thang d, : 3x +4y -2 =0 bang 2.

A. 2. B. 3. C. 4. D. 0.
Cho ham s6 y = 2x _11 c6 d6 thila (C). Goi I1a giao diém hai tiém cén ctia (C ) Tim
x —

diém M thudc (C)c6 hoanh d6 16n hon 1 sao cho tiép tuyén caa (C )tai M vudng goc

v6i duong thang MI?

A.M 4;Z : B.M 3;E : C.M(2;3). D.M(5;3).
3 2
Cho ham s5 = ;“1 ¢4 dd thila (C), dudng thang d:y = x+m. Véi moi m ta ludn cd
x_

d cit (C ) tai 2 diém phan biét A, B. Goi k,,k, Tan luot la hé s6 goc cua cac tiép tuyén
voi (C ) tai A,B. Tim m d€tong k, +k, dat gia tri l6n nhat.

A.m=-1. B. m=-2. C. m=3. D. m=-5.

x+2

2x+3
tuyén d6 cat truc hoanh, truc tung lan luot tai hai diém phan biét A, B va tam giac OAB

Chohamsé y = (1) .\Viét phuong trinh tiép tuyén ctia d6 thi ham s& (1) , biét tiép

can tai goc toa do O.
A y=—x-2. B. y=-x. C.y=—x+2. D. y=-x+1.
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2x—

! c6 db thi (C). Lap phuong trinh tiép tuyén cua do thi (C) sao

Cau53. Chohamsd y= "
x_

cho tiép tuyén nay cat cac truc Ox, Oy Tan luot tai cic diém A va B thoa man OA =40B

A. 4 4 B. 4 4
1B _ 1,13
R Y=745

C. 4 2 D. 4 2
1B _ 1,13
R Y=y

Cau54. Chohams6 y=—— c6 0 thi (C). Goi A la tiép tuyén tai diém M (x,;y, ) (voi x, >0
x —
) thudc do thi (C ) Dé khoang cach tir tam ddi xtéing I cua d6 thi (C ) dén tiép tuyén A
la 16n nhat thi tung d¢ cua diém M gan gia tri nao nhat?
/r 37 S5r

A E B. 2~ . c. X, p. Z.
2 2 2 2

2221 5 o thi (C). Biét khoang céch tir (—1;2) dén tiép tuyén cua

Cau55. Chohamsé y=
x+1

(C) tai M 1al6n nhat thi tung d6 cua diém M nam & géc phan tw thi hai, gan gid tri
nao nhat?

A. 3e. B. 2e. C.e. D. 4e.

2x-3 /A . A A A . P < TN A )
5 €O do thi (C ) . Biét tiép tuyén tai M cua (C ) cat hai tiém can ctia
x J—

Cau 56. Chohamso y=

(C ) tai A, B sao cho AB ngafm nhat. Khi d6, @0 dai 16n nhat cua vecto OM gan gia tri

nao nhat ?
A7, B.5. c.6. D. 4.
Cau 57, Choham s5 y=2—2 c6 do thi (C). Phuong trinh tiép tuyéh A ciia do thi ham s5 (C)
X+

tao vdi hai duwong tiém can mot tam gidc ¢d ban kinh duong tron noi ti€p 16n nhat. Khi
d6, khoang céch tir tim d6i xting ctia db thi (C) dén A bang?
A3, B. 26 C. 24/3. D. 6.

Cau58. Chohams§ y=2> +11 ¢6 db thi (C). Goi I 1a giao diém ctia hai tiém can. Tiép tuyén A
X

cua (C ) ct 2 tiém can tai A va B sao cho chu vi tam giac IAB dat gia tri nho nhat.

Khoang cach 16n nhat tir gdc toa do dén ti€p tuyén A gan gia tri nao nhat?
A. 6. B. 4. C.3. D. 5.
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2x —
x_

Cau59. Chohamsd y= ! 6o thi (C). Goi I la giao di€m ctia hai dudng tiém can. Tiép
tuyén A cta (C ) tai M cit cac duwong tiém can tai A va B sao cho duwong tron ngoai
tiép tam gidc IAB c6 dién tich nho nhat. Khi d6 tiép tuyén A cua (C) tao véi hai truc
toa d0 mot tam giac co dién tich 16n nhat thudc khoang nao?

A. (27; 28). B. (28;29). C. (26;27). D. (29; 30).

Cau 60. Goi k;;k, 1ahé s8 gbc cuia céc ti€p tuyén ctia d6 thi ham s6 y =x* +x (C) tai cac giao

diém cua (C) voi duong thang y =mx+1.Biét k, +k, =4, gi tri cia tham s6 m 1a:

A.m=0 B. m=2 C.m=1 D. m=4
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II. DAP AN VA HUONG DAN GIAI

1B 2D 3C 4A 5A 6A 7A 8B 9C 10D
11B 12D 13B 14A 15C 16C 17C 18D 19D 20B
21D 22D 23C 24C 25A 26B 27D 28B 29B 30D
31B 32A 33B 34A 35D 36C 37B 38A 39C 40C
41B 42C 43B 44D 45B 46C 47A 48B 49C 50C
51A 52A 53A 54D 55C 56D 57D 58D 59A 60B
Caul. ChonB.
Tinh y'=3x" -6x = y'(3)=9= phuong trinh tiép tuyén la y =9x-26.
Cau2. ChonD.
Tinh y'=4x" -8x = y'(l) =—4 = phuong trinh ti€p tuyén la y =—4x+2.
Cau3. ChonC.
Tinh y'= - = y'(-2)=2= phuong trinh tiép tuyénla y =2x+7.
(x+1)
Cau4. Chon A.
Tinh y,=y(2)=—4 va y'=-3x"+3=y'(2)=-9. Vay phuong trinh tiép tuyén la
y=-9x+14.
Cau 5. Chon A.
Tinh y, =y(-3)=-9 va y'=—4x’+16x= y'(—3) =60. Vay phuong trinh tiép tuyén la
y=60x+171.
Cau 6. Chon A.
Tinh y,=y(2)=3 va y'= ( — 1)2 = y'(2) =-1. Vay phuong trinh tiép tuyén la
x—
y=-x+5.
Cau7. Chon A.
Giai phuong trinh 2x) +3x; =5< x, =1, va y'=6x"+6x=y'(1)=12. Vay phuong
trinh tiép tuyén la y =12x-7.
Cau 8. Chon B.
Giai phuwong trinh x;+2x;-3=21< [io i%z . Dong thoi y'=4x’+4x, suy ra
y(2)=40 \
y'(—Z) a0 Vay co6 hai ti€p tuyén can tim la y =40x-59 va y=-40x-101.
Cau9. ChonC.
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2 - - I~
o ¥ =l x, =3 va y':—52:>y'(3):?1.Phtrongtr‘mhtiep

Giai phuong trinh
2x, -1 (2x-1)

tuyén la y——lx+§
5 5

Cau 10. Chon D.
Giai phuong trinh y'(x,)=-3< 3x; —6x,+3=0<x,=1. Dong thoi y(1)=—4 nén
phuong trinh tiép tuyén la y =-3x-1.
Cau 11. Chon B.
Giai phuong trinh y'(x, ) =—48 < —x; +4x, +48 =0 < x, =4 . Dong thoi y(4)=-32 nén
phuong trinh tiép tuyén can tim 1a y =-48x+160.
Cau 12. Chon D.
Giai phuwong trinh
0=>y(0)=3= pttt:y=4x+3
x,=2=y(2)=-5=ptt:y=4x-13

y'(xo):4<:>

B
Il
B
—
=
(=)
Il

Cau 13. Chon B.
Giai phuwong trinh

y'(x,) =1 -3x; +4x,-1=0<

Cau14. Chon A.
Giai phuong trinh y'(x,)=-36 < 4x; +2x,+36=0 <> x, =—2. Dong thoi y(-2)=18
nén phuong trinh ti€p tuyén can tim la y =-36x—54.

Cau 15. Chon C.

Giai phuwong trinh
5
| 1 . 1 xO_5:>y(5):0:>pttt:y:——x+;(tm‘ng)
yln)=—ge—>5=7e 1. 23
(%, +2) xO=—9:y(—9)=—2:pttt:y=—;x—7

Cau16. Chon C.
Giai phuwong trinh
x,=2=y(2)=9 = pttt 1y =21x-33
y'(xo):21<:> 0 ]/() piit:y .
x, =—2=y(-2)=—11=> pttt 1y =21x+31

Cau 17. Chon C.
Giai phuong trinh y'(x,)=-8 < x, =1. Dong thoi y(l) =0 nén phuong trinh tiép
tuyén can tim la y =-8x+8.

Cau 18. Chon D.

Tong hop cdc chuyén dé luyén thi dai hoc Trang 417



Bién soan: Buii Trin Duy Tudn https://facebook.com/duytuan.qna

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

, x,=4=y(4)=1 :>piftif:y:1x+l
Giai phuong trinh y'(x,) == < 6 3

6 1 13
x0=—8:>y(—8)=3 :pttt:yzngr?
Chon D.

x=0 =y'0)=0 = pttt: y=0

Giai phwong trinh x* -4x*=0<|x=2 =y'(2Q)=16 = pttt:y=16x-32 .
x=-2 =y'(-2)=-16=> pttt: y=-16x-32

Chon B.
Ta giai phrong trinh
=1 =>y')=0 =pttt:y=0
P +3x-2=0| v PRy .
x=-2 =y'(-2)=-9=pttt: y=-9x-18

Chon D.

Ta giai phwong trinh x—51 =0< x=5. Dong thoi y'(5)= —i nén phuong trinh tiép

—X+

fuyén can im [a y=——x+2
4° 4

Chon D.

Giao diém cua (C) va Oy la A(0;1)=y'(0)=—6 nén phuong trinh tiép tuyén la
y=-6x+1.

Chon C.

Giao diém cta (C) va Oy la M(0;-2) = y'(0) =0 nén phuong trinh tiép tuyén la y = -2

Chon C.

Giao diém cua (C) va Oy la A(O;—éj = 1'(0) :—% nén phuong trinh tiép tuyén la

__7,.1
YT Ty
Chon A.

7 2
x,=1=y(l)== = pttt:y=3x——
Ta giai phrong trinh y'(x0)=3<:> ‘ y() 3 PREY 3.
x0:3:y(3 =1 = pttt:y=3x-8
Chon B.
X, = y(l)z_—ll , ,
Tacéy'=0<| ° 3 . Vay tiép tuyén song song truc hoanh.

Chon D.
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Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Theo gia thiét ta c6 y,=3=x,=3 va y'(3)=—%. Vay phuong trinh ti€p tuyén la

x+2y-9=0.

Chon B.

Theo gia thiét ta ¢ x,=-1=y,=—4 va y'(-1)=9. Vay phuong trinh tiép tuyén la
y=9x+5.

Chon B.

Theo gia thiét ta c6 x,=0=y,=1 va y'(0)=-7. Vay phuong trinh ti€p tuyén la
y=-7x+1.

Chon D.

Theo gia thiét ta c6 x,=5=1y,=51 va y'(5)=45. Vay phuong trinh tiép tuyén la
y=45x-174.

Chon B.

Tacod y'=3x"—6x+6=3(x-1’+323=miny'=3 khi x=x,=1=y, =y(1)=5.

Khi d6 phuwong trinh tiép tuyén y =3(x—1)+5=3x+2.

Chon A.

Ta c6 y'=-3x"+12x+3=-3(x+2)*+15<15=> maxy'=15 khi x=x,=-2. Luc do
Yo =y(-2)=25.

Khi d6 phuong trinh tiép tuyén y =15(x+2)+25=15x+55.

Chon B.

[Phuwong phap tw luan]

y'(x)=3x2+1>0

Ta co y‘=3x2+1>0:>{ =y (x,)y(x,)>0

y'(x,)=3x>+1>0
hay y'(x,).y'(x,) # 1. Suy ra 2 tiép tuyén A va B khong vudng goc.

[Phwong phap trac nghiém]

Tacd y'=3x>+1>0,VxeR.

Suy ra ham s6 dong bién trén R va cit truc hoanh tai mot diém duy nhat— A, D dang.
Véi x,=1=y'(1)=4,y, =3. Vay phuong trinh tiép tuyén y=4(x-1)+3=4x-1—> C
duang.

Chon A.

Ta ¢ y'=3x"+4x-1=y'(1)=6. Khi d6 phuong trinh ti€p tuyén tai M(1;0) la

-6
y=6(x—1)=6x—6, nén {” — ab=36.

Chon D.
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Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

2
Ta o y':3x2—2x+2:3(x2—gx+lj+éz3 ot +§ZE:>miny':E khi
3 9) 3 3 3

X=x _1

0 3
Chon C.

’ ' _\/g « A7 A . «A? 7. 7 0
Ta céd y =W<O,Vx¢1. Tiép tuyén tai diem M(x,;y,)<(C) tao voi Ox goc60

x_

= y'(x,) =+ tan 60 "= +/3 —C 5y (x, ) = —/3 = 3 =B (x, -1 =1

(x,~1)’

NE 2=V, 23 . Céc tiép tuyén tuong ting c¢d phuong trinh la 4 Var+ 443 :
x,=0=y,=0 yz—\/gx

Chon B.
Ta c6 y'=3x"—6mx +3(m+1). Do Ke(C,) va c6 hoanh d6 bing -1, suy ra
K(-1;,-6m-3).
Khi d6 tiép tuyén tai K c6 phuong trinh

Ary=y'(-1)(x+1)-6m—-3=(9m+6)x+3m+3.
Duong thang A song song véi duong thang d
Im+6=-3 {m:—l

IS .
3m+3#0 m# -1

:>3x+y=0<:>y=—3x<:>{
Vay khong ton tai m, ta chon .
Chon A.
Ta cd y'=4x* +mx va duong thang x—3y+1=0 viét thanh y:%x+%.
Theo yéu cau bai toan, phai c6 y'(-1)=-3 < -4-m=-3<m=-1.

Chon C.

Tacod y'= . Goi x, lahoanh d¢ tiép diém cua d va (C).

1

N2x+1

. 1 1 1
Theo yéu cau bai toan, tacd y'(x |=—< ——=—=2x. +1=9 < x =4.

y y( 0) 3 \/m 0 0

Chon C.
Duong thang di qua M(1;3) co hé s8 goc kco dang d:y=k(x—1)+3.
3x—4x° =k(x-1)+3 (1)

.Th
3-12x* =k (2) e

d la tiép tuyén ctia (C) khi va chi khi hé sau ¢ nghiém:{

(2) vao (1) ta dwoc

x=0 _
3x—4x3=(3—12x2)(x—1)+3<:>8x3—12x2=O<:> 33[k 3 :
x:E =-24
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Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Vay c0 2 tiép tuyeén.

Chon B.

Phuong phap tu luan

Taco y'=3x* +1=y'(1)=4, suy ra tiép tuyén tai N(1;4) 1a A:y=4x.

Phuong trinh hoanh d¢ giao di€ém cta A va (C) la
x3+x+2=4x<::>xa—3x+2=0<::>[x:1 :

x=-2=>y=-8
Phuong phap trac nghiém

2x, +x,, = b (V6i y = ax’ +bx” + cx +d la ham s6 ban dau)
a

©2+x, =0 x, =2=M(-2;-8).
Chon C.
Phuong phap tu luan
Puong thing A di qua diém M(—l; —2) co hé s8 goc k co dang A:y =k(x +1)—2 :
A 1a tiép tuyén caa (C) khi va chi khi hé sau c6 nghiém:
- +x+1=k(x+1)-2 (1)
{3x2—2x+1=k (2)°
Thay (2) vao (1) ta duogc
x=-1

x3_x2+x+1=(3x2_2x+1)(x+1)—2<:>(X+1)2(x—1)=0<:> x—1:>y—2

= N(1;2).
Phuong phap trac nghiém
2x, +x, = b (V6i y =ax’® +bx* + cx +d 1a ham s6 ban dau)
a

©2x, +(-1)=1ex, =1= N(1;2).
Chon B.
Tac6 y'=3x"+6mx+m+1.Goi M(x,;y,) 1atiép diém cua tiép tuyén can lap.

o y'(-1)=4-5m e s
Khi do x,=-1= , suy ra phuong trinh tiép tuyén Ila

Yo =2m-1

A:y=(4—5m)(x+1)+2m—1.

1
Do A(1,3)eA:»3_(4—5m)(1+1)+2m—1@m_E.

Chon D.

Tacod y'= 1+m2 khid6 y'(0)=3 < 1+m=3<m=2.
(x+1)

Chon B.
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Ta c6 y'= ~>0,Vx=-1. Goi M (xo ;yo) la tiép diém cua (C) voi tiép tuyén can

(x+1)
lap. Tam gidc OAB can tai O nén OA = OB, suy ra
, 1 x,=0
"(x,) =125 y'(x,)=1e =le| .
y( 0) y( 0) x. =-2

(x, +1)2
* V6i x,=0=>y, =0 (loai, do M(0;0)=0).
e V6i x,=-2=y,=2, suy ra phuong trinh tiép tuyén A:y=x+4.
Cau 46. Chon C.
OB
Do —=36=y' =136.
OA y'(%,)

e Vi y'(x,)=-36< —4x’ —2x,=-36 < 4x, +2x,-36=0 < x, =2.

Vay y, =y(2) =—14. Suy ra phuong trinh ti€p tuyén y =-36x+58.

e Vi y'(x,)=36 < —4x’ —2x, =36 < 4x, +2x,+36 =0 < x, = 2.

Vay y, = y(-2) =-14. Suy ra phuong trinh tiép tuyén y =36x+58.
Cau 47. Chon A.

-1 SR
e Goi M(x0 ] )] € (C) voi x, # -1 la diém can tim.

"2(x, +1
e Goi A tiép tuyén ctia (C) tai M ta c6 phuong trinh.

x,—1 1 x,—1

(x—x,)+

Aty = f(x)(x—x)+

205, +D)  (x,+1)’ 20x, +1)

o —2x, -1 2 _2x, -1

e Goi A=ANOx :>A(—%;Oj va B= AﬁOy:B(O —x( xol) ]
+

e Khi dé A tao voi hai truc toa d0 AOAB c6 trong tam la

G _x§—2x0—1 xg —2x, -1
6 6, +1)

x2—2x,-1 x;-2x,-1
+ =
6 6(x, +1)°

e Do G thuoc duong thang 4x+y =0 = —4.

o 4= ~ (vi A, B khéng trung O nén x; —2x,-1#0)
(x,+1)

x0+1=l xoz—l

= 2 o 2.
X +1——l X -3
’ 2 © 2

. A , 1 1 3
e Vix,>-1nénchichon x,=——=>M|——;— |[=x,+2),=—
0 0 2 2 2 0 0

Cau 48. Chon B.
e Ae(C,)nén A(L;1-m). Ngoaira y'=4x’ —4mx = y'(1)=4—4m.
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Cau 49.

Cau 50.

Cau 51.

e Phuong trinh tiép tuyén cua (C,) tai A 1a y—1+m=y'(1).(x-1), hay

(4—4m)x—y-3(1-m)=0.
e Khidé d(B;A)= 1
J16(1=m) +1
e Do d6 d(B;A) 16n nhét bang 1 khi va chi khi m=1.
Chon C.

<1, D4u ‘= xay ra < khi m=1.

2x,+3
x,+1

o Giast M(x,;y,)e(C) = y, =
3x, +4y, -2 3x, +4y,-12=0
. Tacéd(M,dl):2<:>M:2<:> K .
\J32 442 3x, +4y,+8=0
3y 2x, +3 % =0=M,(0;3)
e VOi 3x,+4y,-12=0< 3x, +4 -12=0< 1 1 11
x,+1 Mz( : j

X, === T
3 3 4

or 43 X, —5:>M3(—5;£j
e V6i 3x,+4y,+8=0<3x, +4| —° +8=0<
x,+1 4 4
X, =——=M,| —=;-1
3 3

Suy ra c6 4 tiép tuyén.
Chon C.
Phuwong phap tu luan.

e Giao diém ctia hai tiém can la 1(1;2). Goi M(a;b) € (C):>b _2a-1 (a > 1) .

a_
e Phuong trinh tiép tuyén ctia (C) tai Mla y=——(x—a)+2a_1.
(a—1) a-1
¢ Phuong trinh duong thang MI 1a y:( 12 (x-1)+2.
u_
o Tiép tuyén tai M vudng goc voi MI nén ta co
1 1 [azo =b=1
- - s=-le .

Vi yéu cau hoanh d¢ 16n hon 1 nén diém can tim 1a M(2;3).
Phuong phap trac nghiém

Goi M (x,;¥,)€(C), di€m M thoa yéu cau bai toan c6 hoanh do duoc tinh nhw sau:

X,=2=y,=3

x,—1=£2.(-1)-1(-1) & x,-1= 41 LO -0 (L)

Vay M(2;3).
Chon A.
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e Phuong trinh hoanh d giao diém ctia d va (C) la

—x+1 X#_—
=x+m & 2
2x-1

g(x)=2x"+2mx-m-1=0 (*)-

—m-1
e Theo dinh li Viet ta c6 x, +x, =—m; xlxzzmT.Giésfr A(xl;yl),B(xz;yz).

e Ta co y'z( )2 , nén tiép tuyén ctia (C) tai A va B c6 hé s goc lan luot la
2x -1
k= Ak =L vay
(2x,-1) (2x,-1)
btk = 1 1T A +xg) —4(x, +x,)+2

1 2

2x, =17 2%, =1 [4xx,—2(x, +x,)+1]
=—(4m* +8m+6)=—4(m+1) ~2<-2
e Ddu'"="xayra< m=-1.
Vay k, +k, dat gia tri 1én nhat bang -2 khi m=-1.

Cau 52. Chon A.

Phuwong phap tu luan
e Goi M(xo;yo) la toa d6 cua tiép diém = y'(x,) = _—12 <0.
(2x0 + 3)
e AOAB can tai O nén tiép tuyén A song song véi duong thang y =—x (vi tiép tuyén
, -1 X, = -1= Yo = 1
c6 hé s6 goc am). Nghiala y (xo)z ——=-1= .
(2x0+3) X, =—2=y,=0

e Véix,=-1y,=1=A y—l=—(x+1)<:> y=—x (loai).
o Véix,=-2,y,=0 =>A: y-0=—(x+2) e y=-x-2 (nhan).
Vay phuong trinh tiép tuyén can tim1a y =-x-2.
Phuong phép trac nghiém
e Tam giac OAB can tai goc toa dd O néntacé OA=0B=n=1.
acx; +2bcx, +bd = 0= 2x; +8x,+6 =0 < x, # —1;x, # -3
ox, +d =%\[n.|ad—bc| = 2x, +3=%/1.]-1] & iz Z :l((iz)
e Véix,=-2;y,=0=>A: y—0=—(x+2)<:> y=-x-2 (nhan).
Cau 53. Chon A.
o Gia str tiép tuyén d caa (C) tai M(x,;y,)<(C) cdt Ox tai A, Oy tai B sao cho
OA=40B.

e Do AOAB vuodng tai A nén tan A :%:i = Hé s8 goc ctia d bang % hodc —%.
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o Vi y'(xo)z— ~<0 nén hé s6 goc cua d bang —l, suy ra
(x,-1) +
3
1 1 X, =-1=y,==
_ ==
(%, -1) 4 x, =3 :>y0=E
2
1 3 1 5
=—= x+1)+— Yy=——x+—
=7 2 TR
e Khi d6 co 2 tiép tuyén thoa man la: 1 e . 13
=——(x-3)+= =——X+—
Y 4( ) 2 Y 4 4
Cau 54. Chon D.
Phuwong phap tu luan
e Tacod y'= -1 2;1(1;1).
(x-1)
e Goi M(xo %o JE(C), (xo;tl).thzongtrinh tiép tuyén tai M c6 dang
X, =
1 X
Ary=-— x—x,)+—2— < x+(x, 1)’y —x. =0.
y (xo_l)z( o) -1 X+(x, = 1)y —x
2|x, -1
: WY 2 2.

IA_
\/1+x—1

ooy T

xay ra khi va chi khi

1 z(xo_l)z<:>|xo_1|:1<:>[xo=§:>yo:2(N).

(%, _1)2

Tung d6 nay gan véi gid tri % nhét trong cac dap an.

e Ddu "=

Phuong phap trac nghiém

=2 =2(N
Taco IM LA= cx,+d= |ad bc|3x -1= |—1—O|<:>[xO — % ( )
x,=0 (L)
Cau 55. Chon C.
Phuwong phap tu luan
e Taco y'= (x+1)2 .
e Goi M(xo %] &(C),(x, #-1). Phuong trinh tiép tuyén tai M 1a

-1
. < 3x—(x, +1)°y+2x; —2x,-1=0.
+

y= (x_xO)+2xo
X

0

(x, +1)?
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6|x, +1] 6

o d(I,A)= 0 - -6.

(1:4) Jo+ (x, +1)° x4 1) \/2 Jo
(x,+1)> °

xay ra khi va chi khi

"

e Dau"=
x,=-1+4/3 =y, =2-/3(L)
x, =13 =y, =2+3(N)’

Tung d0 nay gan voi gia tri e nhat trong cac dap an.

(x, +1)°

=(x0+1)2<:>(x0+1)2:3<:>[

Phuong phép trac nghiém

Tacd IMLA= cx,+d= |ad bc|:>x +1= |2+1|

- x,=-1+43 = y=2-+/3(L)
x,=-1-V3=y=2+3(N)

Cau 56. Chon D.

Phuwong phap tu luan
2x. —
e Goi M(xo; adl ;J € (C),(xo # 2). Phwong trinh ti€p tuyén tai M c6 dang
X, —
Ary=— ! (x—x,)+2+
Y (x, —2) ‘ x, =2

e Giao diém ctia A véi tiém can ding la A[2;2+ 2 2}.
x —

0

¢ Giao diém ctia A véi tiém can ngang la B(2x0 - 2;2) .

e Tacod ABZ—4[(x02)2+;2]>8.D€{u "=" xay ra khi (x0—2)2= 1 5
(xo_z) x0—2)
x,=3=y, =3=OM(3;3) =|OM| =32 (N
=
x,=1=y, =1=>O0M(1;1) =|0M| =2 )

Phuong phép trac nghiém
e AB ngan nhat suy ra khoang cach tir I dén tiép tuyén A tai M ngan nhat

X, =3=>y, =3
=IMLA= cx, +d= \/W =X ‘ZZiMQLZ:l:yZﬂ
:‘6]\2‘23\/5

Cau57. Chon D.
Phuong phap tw luan

.xo_2
x,+1

e Goi M[x0 j € (C), (x0 # —1), I(—l;l). Phuong trinh ti€p tuyén tai M c6 dang
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Cau 58.

X, —2
Ay= (x—x,)+—2>—.
(XO +1)2 ’ X, +1
. o« A? 2 se Jen A 7 \ x _5
e Giao diém cta A vdi tiém can ding la A(—l;O—J.
X, +
o Giao diém ctia A véi tiém can ngang la B(2x, +1;1).
o Tacod IA= |L1, IB=2|x,+1|= IA.IB=12. Ban kinh dudng tron ngoai ti€p AIAB
X, +
la S, =pr,suyra
S . . .
o S _ IA.IB IA.IB < IA.IB _23-+6.

p  IA+IB+AB A4 [B+~IA*11B* 2VIAIB +2.IA.B
=1+ 3=y, =1-3
e Suyrar, =23-6oIA=Beolx, -1 =3| ™ PV3=yy =13
xM=—1—\/§:>y0=1+\/§
o (43, 3) = |6
Phuong phép trac nghiém
e JA=IB= AIAB vubngcantai [ =IM LA.

=-1++3 =1-+3
o cx, +td== |ad—bc|:>xM+1:i\/m© Xy +\/—:>]/M \/_
1y =-1-V3 =y, =1+43
= [|=6.
Chon D.
Phuwong phap tu luan

e Goi M(xo; 2+ j e (C),(x0 # 1). Phuong trinh tiép tuyén tai M c6 dang

x,—1

-3 3
A:yz—z(x—x0)+2+x 3

(xo -1 0

e Giao diém ctia A vo6i tiém can ding la A(l; 2+ 6 1] )
X, —
¢ Giao diém ctia A véi tiém can ngang la B(Zxo -1; 2) .

1 1 6

e Tacd S, =—IAIB=——2|x,—1|=23=6.
2 2 |x,—1

AIAB —

e AIABvudng tai I ¢ dién tich khong d6i = chu vi AIAB dat gia tri nhé nhat khi
x, =1+ 3

x,=1- NER

o V&i x, =1++/3 thi phrong trinh tiép tuyén 1a A:y=—x+3+ 23 . Suy ra

34243
5

IA=IB @L:2|x0—1|:>
[, 1]

d(0,A)=

Tong hop cdc chuyén dé luyén thi dai hoc Trang 427



Bién soan: Buii Trin Duy Tudn https://facebook.com/duytuan.qna

Cau 59.

o V6i x, =1-+/3 thi phuong trinh tiép tuyénla A:y=—x+3—- 243. Suy ra
—3+243

N

gan voi gia tri 5 nhat trong cac dap an.

d(0,A)=

3+243

72

Vay khoang cach 16n nhat la

Phuong phap trac nghiém

=1++/3 =2++/3
o [A=IB=cx, +d==% |ad—bC|2xM—1=J_r |_2_1|<:> Xy +\/72y +f
3+2\/§(N)'

V2

=d(0,A)=

Chon A.
Phuwong phap tu luan
2x, -1
X, =2

e Goi M (xo; J € (C),(xo # 2). Phuong trinh tiép tuyén tai M c6 dang

2x, -1
> (x—x0)+x°—.
(x,—-2) X, —2

2x0+2
x0—2 '

Ary=—

e Giao diém ctuia A véi tiém can ding la A(Z;

e Giao diém ctia A véi tiém can ngang la B(Zx0 -2; 2).

xA+xB=2+2x0—2=2x0

o Xét _ 2x,+2

2x,-1 = M la trung diém cua AB.
YatlYs =

+2=2. =2
x, —2 x, —2 Yo

e AIAB vudng tai I nén M la tdm duong tron ngoai tiép tam gidc IAB.

2
2x,-1
jS—ﬂRz—ﬁIMz—ﬁ[(x02)2+( % —2} ]—7{(9502)2+ ? }267[
2

X, (x,—2)°

e Dau "=" xay ra khi (x,—2)" =

9 {xoz x/§+2:>y0: J3+2

—
x, —2)°

0 Xy =—3+2=y, =— 342

 V6i x,= V3425 A1y=—x+2{3+4 cdt 2 truc toa do tai E(0;2V3+4) va
F(2V3+4; 0}, suy raS,, :%OE.OF =14+8+/3 ~ 27,8564
o V6i x,=—3+2=A1y=-x-2{3+4 cdt 2 truc toa do tai E(0;-2V3+4) va

F(-23+4;0), suyra S, :%OE.OF =14-83 ~0,1435

Phuong phép trac nghiém
o IM 16nnhdt < IM L A= cx,+d =+,[lad—bc| = x, -2 = +,/|-4+1] .
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%= 3422y, = \/§+2. Giai teong ty nhw trén.
Xy =—N3+2=>y,=—3+2
Cau 60. Chon B.
y:f(x):x2+x:>f'(x):2x+1
Goi x,,x, lan luot 1a hoanh do cta tiép diém cua ti€p tuyén cé hé so k; k,

PTHDGD: xz+x(1—m)—1=0:>xl+x2 =m-1

ki+k, =4 f(x)+f(x,)=2(x, +x,)+2=2(m-1)+2=4 = m=2.
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Chi ds8 DIEM DAC BIET CUA PO THI HAM SO
\ Ao

A. CAC DANG TOAN THUONG GAP
I. BAI TOAN TiM PIEM CO DPINH CUA HO PUONG CONG

Xét ho dwong cong (C, ) c6 phuong trinh y = f(x,m), trong d6 f 1a ham da thitc theo bién
x voi m 1a tham sd sao cho bac ctia m khong qué 2. Hay tim nhitng diém cd dinh thudc ho
duong cong khi m thay d6i?
4« Phwong phap giai:
o Buwéc1l: Dua phuong trinh y= f(x,m) vé dang phuong trinh theo &n m cé
dang sau: Am+B=0 hodc Am*+Bm+C=0.
o Buwéc2: Cho caché sdbang 0, ta thu dugc hé phuong trinh va giai hé phuong
{A 0 A=0
trinh: hoac { B=0.
B=0
Cc=0
o Buwdc3: Kétluan
v" Néu hé v6 nghiém thi ho duwong cong (C, ) khong c6 diém cd dinh.

v" Néu hé c6 nghiém thi nghiém d6 la diém c6 dinh cta (C,).

MOT SO BAI TOAN MINH HOA

Bai todn 1: Tim cac diém cO dinh ctia ho d6 thi (Cm) c6 phuong trinh sau:y = (m—1)x-2m+1

A. A(1;-1) B. A(2:1) C. A(2-1) D. 4(1;2)

N e

TXD: R.
Taco:y=(m-Dx—-2m+1< (x=2)m—(x+y-1)=0  (*)
Gia stt 4(x,1,) 1a di€m c8 dinh ctia ho d6 thi (C,, ), thi khi (x;3) =(%,;¥,) ludn théa méan (*)

X,—2=0 <:>{)c0=2

= A(2;-1).
X+, —1=0 Yo =1

v6éi moi m, hay: (x,—2)m—(x, +, —1)=0,‘v’meR3{

Vay diém c8 dinh can tim 1a A(2;—1). Chon C.

Bai todn 2: Tim y = mx* +2(m—2)x —3m+1 c6 may diém ho d6 thi luén di qua
Al B.2 C.0 D.3

Loi giai:
TXD: R.
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Ta co: y=mx2+2(m—2)x—3m+1<::>(x2 +2x—3)m—(4x+y—1)=0 (*)
Gia stv A(xy;,) la di€m c8 dinh cua ho d6 thi (C,, ), thi khi (x;3) =(%;¥,) luon thoa mén (*)

vdi moi m, hay:

{xo )

Xg+2x,-3=0 [ [¥="3
=

4x,+y,—1=0 Xg=-3

Yo =13

(x§+2x0—3)m—(4x0+y0—1)=0,VmeR:>{

Vay céc diém ¢8 dinh can tim la A, (1;-3); A, (~3;13). Chon B.

Bdi todn 3: Tim y=(m+1)x> —2mx*> —=(m—2)x+2m+1 ¢c6 may diém ho d6 thi ludén di qua

A. 1l B.2 C.3 D.4
Loi gidi:
TXD: R.

Ta co: y=(m+1)x3 —2mx? —(m—2))c+2m+1<::>(x3 —2x2—x+2)m+(x3+2x—y+1)=0 (*)
Gia st 4(x,;,) la diém c8 dinh ctia ho db thi (Cm),th‘l khi (x;35) =(x,;¥,)luén théa man (*) véi
moi m, hay:

(xS—Zxé —x0+2)m+(x3 +2x0—y0+1)=0,‘v’meR

{XO =14 (-1-2)
Yo=-2 "1V 7
X —2x%—x, 4+2=0 x0—2

9 o e @{0_ = A, (2:13)
Xg+2x, =y, +1=0 Yo =3
Y= 4 (14
{3’023 3( )

Vay cac diém c6 dinh can tim 1a A, (—1;—2);A2 (2;13);A3 (1;4). Chon C.

Bai todn 4: Tim y=(1-2m)x* —(3m—1)x+5m—2 cd mady diém ho d6 thi ludn di qua
Al B.2 C.3 D.0

Loi giai:
TXD: R.
Ta c: y = (1—2m)x> —(3m—1)x+5m—2<:>(—2x2 —3x+5)m+(x2 +x—y—2)=o ()
Gia str 4(x,),) 1a di€m c8 dinh ctia ho d6 thi (C,, ), thi khi (x;y) = (x5, ) luon thoa man (*)

vdi moi m, hay:
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(—2x(2) —3x0+5)m+(x§+x0—y0—2)=O,VmeR.

xo =1 .
:O:Al(l,o)
2 Y0
—2x5-3x,+5=0 -5
=4, S|y =2
x0+x0—y0—2=0 0 2 jAz __5,1
y :1 2 4
LU0 4

Vay céc diém c8 dinh can tim 1a 4, (1;0); A, [‘75%] Chon B.

Bai todn 5: Tim y = x° + mx> —9x—9m c6 mdy diém ho d6 thi ludn di qua
Al B.2 C.0 D.3

Loi gidi:
TXD: R.
Tacd: y=x"+mx> —9x—9m <:>(x2 —9)m+x3 -9x-y=0 (*)
Gia str 4(x,;),) 1a di€m c8 dinh ctia ho d6 thi (C,, ), thi khi (x;)=(x,; y,)lu6n thoa man (*)
vdi moi m, hay:

(x%—9)m+xg’—9x0—y0 =0,VmeR

X, =3
, O "= 4(30)
{xO—QO Y =0
= 3 L 3 .
— — — XA = —
Yo 9% =Y =0 07 = 4,(-30)
[ =0

Vay céc diém ¢8 dinh can tim la A, (3;0); A, (-3;0). Chon B.
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IL. BAI TOAN TiM DIEM CO TOA PO NGUYEN

Cho duong cong (C) c6 phuong trinh y = f(x) (ham phan thic). Hay tim nhiing diém c6
toa do nguyén ctia duong cong?
Nhirng diém c6 toa dg nguyén la nhitng diém sao cho ca hoanh d¢ va tung do cua diém d6 déu la s6’
nguyen.
4 Phuwong phap giai:
o Bwéc1l: Thuc hién phép chia da thiic chia tt s8 cho mau s6.

o Bwéc2: Lap luadn d€ giai bai toan.

MOT SO BAI TOAN MINH HOA

Bai todn 1: C6 bao nhiéu diém thudc d6 thi (C) ctaham s y = c6 toa do nguyén ?

x*+2x+2
A 1. B. 8. C. 3. D. 4.
Loi gidi:
Goi M(x,;y,) voi x,€Z,y, €.
X, €2
2 . 1.
=1 2 =+ +2e{-2-11;2)
Xy +2x,+2
& x2+2x,+2=-2 (vd nghiém) s X +2x,+2=1cx, =-1=y,=2= M(-1;2)
=0=>y,=1= M(0;1
& x; +2x,+2=-1 (v nghiém) X420, +2=2 S %o Yo 1)

X, =2=y, =1= M(-21)

Vay c6 trén do6 thi (C) ¢ ba diém co toa do la cac s6 nguyén. Chon C.

Bdi todn 2: Trén do thi (C) ctia ham s6 y = c6 bao nhiéu diém co toa do nguyén ?

x—1
A. 2. B. 1. C.3. D. 4.

Ta co:
x—-1=2 x=3
3—x —x+1+2 2 x-1=-2 x=-1
x-1 x-1 x-1 |x-1=1 x=2
x—1=-1 x=0

Vay c6 4 diém thda yéu cau bai toan. Chon D.

Bai todn 3: Trén d6 thi (C) ctaham s6 y = 3 c6 bao nhiéu diém co toa d6 nguyén ?
x a—
A 6. B. 2. C. 3. D. 4.
Loi giai:

Chon C.

Tong hop cdc chuyén dé luyén thi dai hoc Trang 433



Bién soan: Buii Trin Duy Tudn https://facebook.com/duytuan.qna

Goi M(x,;y,) Vi x,€Z,y, L.
X, €7 ) 1 1
= 4 :>3x0—2€{—4;—2;—1;1;2;4}:>x0e -—;0,—;1,=;2
e’ 33 '3
3x, -2
Do x, e Z = M,(0;-2), M,(1;4) va M,(2;1).
Vay trén d6 thi (C) cd ba diém co toa do la cac s6 nguyén. Chon C.
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III. BAI TOAN TiM PIEM CO TiNH CHAT POI XUNG
Cho duong cong (C) cé phuong trinhy = f(x). Tim nhitng diém ddi xiing nhau qua mot

diém, qua duong thang.
Bai todn 1: Cho do thi (C):y = Ax” + Bx* +Cx+ D trén do thi (C) tim nhitng cdp diéim doi xitng
nhau qua diém I(x,,y,).
+ Phuwong phap giai:
v Goi M(a; Aa®+Ba’ +Ca+D), N(b; Ab® + Bb> +Cb+D) 1a hai diém trén (C) d6i
xung nhau qua diém I .
V Tacs {a+b:2x1 |
A(d® +b3)+B(a2 +b2)+C(a+b)+2D =2y,
Giai hé phuong trinh tim dwoc 4,b tit d6 tim dwgc toa do M, N.
Truong hop dic biét : Cho do thi (C) :y=Ax>+Bx*+Cx+D. Trén do thi (C) tim nhitng cdp
diém doi xieng nhau qua goc toa do.
+ Phuong phap giai:
v Goi M(a, Aa’ +Ba> +Ca+D),N(b, Ab® + Bb> +Cb+D) 1a hai diém trén (C) d6i
xtng nhau qua goc toa do.
v Ta cé{m- 00 .
A(a® +b3)+B(/12 +b2)+C(a+b)+2D =0

v' Giai hé phuong trinh tim dwgca, b tit d6 tim dwgc toa d6 M, N .

Bai todn 2: Cho do thi (C):y = Ax® +Bx* +Cx+ D trén do thj (C) tim nhitng cip diém doi xitng

nhau qua dwong thang d:y = Ax+B,.
4+ Phuong phap giai:
v Goi M(a; Aa®+Ba’ +Ca+D), N(b; Ab® +Bb* +Cb+ D) 1a hai diém trén (C) d6i
xting nhau qua duong thang d .
. Jled D . LT
v Tacd: §— - (voi I la trung diém caa MN va ua la vecto chi phuong
MN.ua=0 (2)

ctia duong thang d).
v' Giai hé phuong trinh tim dwgc M, N.

MOT SO BAI TOAN MINH HOA

Bai todn 1: Cap diém thudc d6 thi (C) caaham sd y =x’ —4x* +9x+4 d6i xttng nhau qua gdc

toa do O 1a
A. (3;22) va (-3;-22). B. (2;14) va (-2;-14).
C. (1;10) va (-1;-10). D. (0;4) va (4;40).
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Loi giai:

Goi A(x,; x5, —4x% +9x, +4), B(x,; x; —4x; +9x, +4) 1a hai diém trén (C) ddi xing nhau qua
goc toa do.

X, +x,=2x x,+x,=0 1
Taco 1 4 7 Oyt F . @

YuatY, =2y, x, —4x, +9x, +4+x, —4x,+9x,+4=0 (2)
Thay (1) vao (2) ta duoc

x,=-1=>x,=1

x5 —4x> +9x, +4+(—x,) —4(-x, ) +9(-x,)+4=0=| * B :
a4, +9x, (=x,)" —4(=x,)" +9(-x,) =1 Dx, =1

Vay cdp diém can tim la A(1;10), B(-1;-10). Chon C.

Bai todn 2: Cgp diém thuoc d6 thi (C) ctia ham s§ y=x" +x d6i xting nhau qua duong thang
d:y= —%x la
A. (1;2) va (-2;-10). B. (2;-1) va (-2;1).
C. (1,-2) va (-1,2). D. (1,2) va (-1;-2).

N e

Loi gidi:
Goi A(a; a +a), B(b;b3 +b) 12 hai diém trén (C) d6i xting nhau qua duong thang d:y = —%x
hay d:x+2y=0.
led M) 5 - \
Taco: < — - (véi I la trung diém ctia AB va ua(2;-1) la vecto chi phwong ctia d)
ABuqs=0 (2)

3 3
Tir (1) ta c6 ata+b +b 1 a+b
2 2 2

& (a+b)(2a° —2ab+2b* +3)=0<a=-b (3)
3 1Y 3
(vi 2a2—2ab+2b2+3=2(a2—ab+b2+5j=2(a—5bj +Eb2+3>0,Va,b)

Vi A—Bz(b—a;(b—a)(az+ab+b2+2)), tte (2) taco
2(b—a)—(b—a)(a® +ab+b*+1)=0
& (b-a)(a® +ab+b* -1)=0
=a’+ab+b*-1=0(4) (Viazb)

a=1=b=-1

Thay (3) vao (4) ta dwoc a* —a* +a° -1=0< .
a=-1=b=1

Vay cdp diém can timla A(1;2), B(-1;-2). Chon D.

Bdi todn 3: Céc gi tri thuc ctia tham s8 m d€ do thi (C,) ctia ham s8 y =x"-3x* +m c6 hai
diém phan biét d6i xiing nhau qua goc toa do la
A. -1<m<0. B. m=0. C.m>-3. D. m>0.
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Loi giai:
D6 thi ham s6 (C,,) c6 hai diém phan biét ddi xting nhau qua goc toa d¢ khi va chi khi ton tai
x, # 0 sao cho y(x,)=-y(-x,) < tontai x, #0 sao cho x) —3x] +m = —[(—xo)3 —3(-x,)* + m]

& ton tai x, 20 sao cho 3x; =m <> m>0. Chon D.

Bai todn 4: Tap hop tat ca cac gia tri thwc caia m dé€ trén d6 thi (C,) cua ham so
_ X’ —4mx+5m

5 6 hai diém phén biét d6i xiing nhau qua gdc toa dd la
x —

A. (0;+). B. (—%;0)\{—%}.
C. [1;+0). D. (—oo;O)u(l;é)u(éﬁoo].

23 3

Loi giai:
D6 thi ham s6 (C,) c6 hai di€ém phan biét d6i xiing nhau qua goc toa d¢ khi va chi khi ton tai

x, #2 va x, #0 sao cho y(x,)=-y(-x,)

\ 2_4 +5 —x ) —4m(— +5
< ton tai x, #2 va x, #0 sao cho Xy —dmx, +5m _ (=x,)" —4m(=x,)+5m
xo_z (—xo)—Z

& ton tai x, #2 va x, # 0 sao cho (1-2m)x; +5m =0

m<0
5m(1-2m) <0
< {(1-2m).4+5m=0< 1|75 . Chon D.
(1-2m).0+5m#0

4
m=#—
3

Bai todn 5: Toa d6 cdp diém thudc d6 thi (C) cia ham s6 y = % déi xiing nhau qua duong
x —

thang d:x-2y—-6=01a

A. (4;4) va (—1;—1). B. (1;—5) va (—1;—1) .
C. (0;-2) va (3;7). D. (1,-5) va (5;3).
Loi giai:

Goi duong thang A vudng géc voi duong thang d:y = %x -3 suyra A:y=-2x+m.

Gia st A cit (C) tai hai diém phan biét A, B. Khi d6 hoanh d6 ctia A, B 1a nghiém cua
phuong trinh

x#2
x+4

S ==2X+M <257 —(m+3)x+2m+4=0-

h(x)

Diéu kién can:
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D€ A cat (C) tai hai diém phan biét thi phuwong trinh h(x) =0 c6 hai nghiém phan biét khac 2,

[aso0 m?—10m—-23>0 |m<5-43
= = ).
—6#0 m>5+43
Diéu kién du:

Goi I 1a trung diém ctia AB, ta co:

x, =—4—= ! 4 m+3 3m+3
2 & =1 ; .
m+3 4 2
Y, =2x,+m Y, = 5 +m
Dé hai diém A, B d6i xiing nhau qua d:x-2y—-6=0 khi I ed
’”Z 3 o 3’"; 3 _6=0 m=-3(thoa didu kién (*).

- 1= y=-1
Vé6i m=-3 phuong trinh h(x)=0<:>2x2—2=0<:>[x Y
x=1=y=-5

Vay toa hai diém can tim la (1; —5) va (—1; —1) . Chon B.
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IV. BAI TOAN TiM PIEM PAC BIET KHAC, BAI TOAN KHOANG CACH

1. KIEN THUC CAN NAM:

Logi 1. Cho hai diém P(xl;yl);Q(xz;yz)j PQ= \/(xz _x1)2 +(y2 _3/1)2 .

Cho diém M (x,;y,) va dudng thing d: Ax+By+C =0, thi khoang cach tix M

Ax, + By +C|
dén d 1a h(M;d :|°—°.
(M:4) VA? +B?

Logi 2. Khoang cach tir M(x,;y,) dén tiém cén ding x=a la h= |x0 —a| .
Logi 3. Khoang cach tir M(x,;y,)dén tiém canngang y=>b 1a h= |y0 - b| .
Chu y: Nhiing diém can tim thwong la hai diém cwe dai, cue tiéu hodc la giao cia mot duong
thang v6i mot duong cong (C) nao d6. Vi vay trude khi ap dung cong thitc, ta can phai tim

tim diéu kién ton tai roi tim toa d cua chung.

2. CAC DANG TOAN THUONG GAP

ax+b

Bai todn 1: Cho ham s6" y = (c #0, ad—bc # O) co do thi (C) Hay tim trén (C) hai diém

cx+d
A va B thudc hai nhdnh d6 thi him s6'sao cho khodng cich AB ngin nhat.
+ Phuwong phap giai:

SRS A 7 d 7 ~, 3 \ A 7 VN . M A .
v (C ) c6 tiém can dung x =—-— do tinh chat cia ham phan thitc, d6 thi nam vé hai
c
phia ctia tiém can ding. Nén goi hai s6 «, # la hai sd duwong.

v Néu A thudc nhanh trdi thi x, <~ x, =~ <=L,y = f(x,).
C C C

v' Néu B thudc nhanh phai thi x, >—é:>xB :—é+ﬁ>—£; vy = f(x,).
c c c

Sau d6 tinh AB? :(xB —xA)2 +(yB —yA)2 :[(a+ﬂ)—(a—aﬂ2 +(yB —yA)Z.
Ap dung bat dang thitc Cosi (Cauchy), ta sé tim ra két qua.
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Bdi todn 2: Cho db thi ham s6' (C) c6 phwong trink y = f(x). Tim toa dg diém M thugc (C) dé

tong khodng cich ttr M dén hai truc toa d¢ nho nhat.
+ Phuong phap giai:

v Goi M (x; y) va tong khoang cach tit M dén hai truc toa dgla d thi d= |x| + |y| )

v’ Xét cac khoang cach tit M dén hai truc toa do khi M nam & céc vi tri dic biét:
Trén truc hoanh, trén truc tung.

v Sau d6 xét tong quat, nhiing diém M c6 hoanh d9, hodc tung d6 16n hon hoanh
do hodc tung d¢ cua M khi nam trén hai truc thi loai di khong xét dén.

v Nhiing diém con lai ta dwa vé tim gia tri nho nhéat ctia d6 thi ham s& dwa vao dao

ham r6i tim dwoc gia tri nho nhat cta 4.

Bai todn 3: Cho do thi (C) c6 phwong trinhy = f(x). Tim diém M trén (C) sao cho khodng cdch tir
M dén Ox bang k Iin khodng cdch tie M dén trucOy .
4+ Phuong phap giai:
=k x)=kx
Theo dau bai ta cd |y|:k|x|<:> PN f( ) .
y=—kx f(x)z—kx

Bai todn 4: Cho d5 thi him so (C) c6 phuong trinh y = f(x) = ”X+Z
cX +

(c #0, ad—bc # 0). Tim toa
dé diem M trén (C) sao cho do dai MI ngﬁn nhit (v6i I la giao diém hai tiém cin).
+ Phuong phap giai:

cn A al —-d .. . a
v Tiém can diing x =—; tiém can ngang y=—.
C C

\ A . -d a) , A A
v Ta tim dwoc toa d giao diém [ (— ;—j cta hai tiém can.
c ¢

v Goi M(xM;yM) la diém can tim. Khi dé:

2 2
d a
e =[x+ 4 4[5, =s(x)

v St dung phuong phéap tim GTLN - GTNN cho ham s6 g dé thu duoc két qua.
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Bai todn 5: Cho do thi ham s6' (C) 6 phwong trinh y = f(x) va duong thang d: Ax+By+C =0.
Tim diém 1 trén (C) sao cho khodng cdch tiv I dén d la ngin nhat.
4« Phuwong phap giai
v Goi I thudc (C) = I(xy;y,); ¥y = f(x,) -

v Khoang céch tir I dén d 1a g(x,)=h(I;d) 4%, By + €]
oang cach tw en a X,)= ; =
g 8% o

v' Khao satham s6 y = g(x) dé tim ra diém [ théa man yéu cau.

MOT SO BAI TOAN MINH HOA

x-3

Bai todn 1: Choham s8 y = c6 do thi (C) . Goi d la khoang cach ttr mot diém M trén (C )

x+1
dén giao diém cua hai tiém can. Gia tri nho nhat c6 thé ¢ cta d 1a

A 2. B. 24/3. C. 32. D. 242.

N e

Loi gidi:

Giao diém ctia hai tiém can la I(—l;l), goi M(a; a_:ij € (C) voi a#-1tacd
a+

2
MIZ:(ﬁl)z*(Z;j_lJ =(a+1) + _>8= MI >2y2 . Chon D.

(a+1)

Bai todn 2: Cho diém M thudc db thi (C) ctia ham s8 y = x‘z
X+

khoang cach tir M dén truc Ox béang ba lan khoang cach tit M dén truc Oy . Gid tri cé

, biét M ¢ hoang d¢ a va

thé cd cua a la

A a=1 hoécazz. B. a=-1 hoac x:Z.
3 3
y 7 ‘ 7
C.a=-1hoaca=-——. D.a=1hoaca=-—.
3 3
Loi giai:
Theo gia thiét ta co:
x—7_3 0
y=3x w1 X 3x*+2x+7=0 |
|y|=3|x|<:> = SN = 7.
y=-3x x-7 3 3x"+4x-7=0 x=lvx=——
x+1
Nhic lai: Diém M e (C):y=f (x) sao cho khoang cach tit M t6i Ox bang k Tan khoang cach tir

f(x)zkx

M t6i Oy c6 hoanh d¢ la nghiém phuwong trinh ‘f(x)‘ = |kx| = L‘(x) e

Cach khac:
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a=1
3|a| _ 7 Chon D.

a+1
3

Goi M(a;ﬂJ voi a #—1. Theo dé ta co:

a+1

Bai todn 3; Cho ham s5 y == ¢6 o thi (C). Goi M la mdt diém thudc 0 thi (C) va d la
x —

tong khoang cach tiv M dén hai tiém can cta (C) Gid tri nho nhat ctia d b thé dat

dwoc la
A.6. B. 10. C.2. D.5
Loi giai:
Goi M(a; 2a—3] e(C) voi a#2,tacod
a_

=|a—2|+ _261—3_2
a

=|a—2|+ Ly
la-2)

Vay gia tri nho nhat ctia d bang 2. Chon C.

Bai todn 4: Toa d¢ diém M thudc d6 thi (C) ctiaham s y = al _11 sao cho khoang cach tt
X+

diém I(~1;2) dén tiép tuyén ctia (C) tai M 1a16n nhatla
Ml(—1+\/§;2+\/§),Mz(—l—\/§;2+\/§).
B. M, (-1+v3;2-V3), M, (-1++/3;2+43).
1(1+f2 J3), M, (-1 f2+\f)
M, (-1-43;2-+3), M, (-1-+3;-2-13)

Loi gidi:

1

2x, -1 , a . s

Goi M [xo ;o ] J €(C) véi x, #-1. Tiép tuyén tai M c¢6 phwong trinh
0

2x,-1 '3

x,+1 (x +1)°

7 (x=x,)

Y=

hay 3x—(x,+1)*y+2x; —2x,-1=0.

Khoang cach tir I(~1;2) t6i tiép tuyén
“3-2(x, +1) +227 -2x, -1 6|x, +1| 6

i _ _ |
\/9+(x0 +1)° J9+(x, +1)! \/ 9 (x41)
(x, +1> °

+(x, +1 2239 =6, vay d </6 . Khoang cach d 16n nhat 1a

Theo bat dang thitc Cosi: ? >
(x,+1

0

=(x, +1)* <:>(x0+1)2 —3x, =—1443.

J6 khi —2
(x, +1)
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Vay: M(-1+v3;2-43), M(-1-+3;2++/3). Chen C.

Bai todn 5: Choham s6 y = o +§ c6 do thi (C). Tong khoang cach tir mot diém M thude (C)
x —
dén hai hai truc toa d6 dat gia tri nho nhat bang ?
A. 2. B.g. C. 1. D.l.
3 6
Loi giai:

Diém M ndm trén truc Ox: M(-2;0) =d,, = |—2|+0 =2
Diém M nam trén truc tung; d,=0+-—|= % <2

Xét nhiimg diéim M c6 hoanh 49 [x|> 2 = d,, =[x| 1] >~
Xét nhiing diém M c6 hoanh d6 thoa man |x| < %; y< —% = |y| > %(*)
* Truong hop: 0<x< % .Do (*) chonén: 4,, = |x| +|y| > %

*  Truong hop: —§<x<0;—§<y<0:>dM=—x—1—i;d' =-1+ >

x=3"" (x—3)2

x=3-+5

=0 . Khi 1ap bang bién thién,ta thay ham s6 nghich bién véi moi x € [—% ; Oj .

" x=3+5

Vay mind,, =d,,(0) :% Chon B.

dv

Badi todn 6: C6 bao nhiéu diém M thudc do thi (C ) ciahamsd y = xX+2

sao cho khoang cach

tlr diém M dén tiém can ngang bang 5 lan khoang cach tit M dén tiém can ding?

A.2. B.1. C.3. D.4.
Loi gidi:
Goi M(a;aJere(C) vOi a#2.
a-—2
Ta 6 5[a—2|= M—1‘«:>5|a—2|=i<:>5(az ~4a+4)=4.
a-—2 |a—2|

+
<:>5a2—20a+16=0<:>a=M

Vay c6 hai diém can tim. Chon A.
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B. BAI TAP TRAC NGHIEM
1. DE BAI

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

D6 thi cia ham s6 y =(m—1)x+3—m (m la tham s6) ludn di qua mot di€ém M c6 dinh

cO toa do la

A. M(0;3). B. M(1;2). C. M(~1;-2). D. M(0;1).

D6 thi ctia ham s8 y = x> +2mx—m+1 (m la tham s8) ludn di qua mot diém M c6 dinh

co toa do la

A. M(0;1). B. MG%) C. M(l;gj. D. M(-1,0).

D6 thi ctiaham s6 y = x° —3x* + mx+m (m la tham s8) ludn di qua mot diém M b dinh

cO toa do la

A. M(-1;2). B. M(-1;-4). C. M(1;-2). D. M(1;,—4).

Biét d6 thi (Cm) ctia ham s§ y=x"* —2mx” +3 ludn di qua mot diém M 6 dinh khi m

thay d6i, khi d6 toa d¢ ctia diém M la

A. M(-L1). B. M(1;4). C. M(0;-2). D. M(0;3).

(m+Dx+m (
x+m

khi m thay d6i. Toa d6 diém M khi d6 la

Biét do thi (Cm) cuaham s6 y= m# 0) ludn di qua mét diém M ¢S dinh

A. M(—L—%j. B. M(0;1). C. M(-1;1). D. M(0;-1).

Hoi khi m thay d6i do thi (C, ) ctiaham s8 y =x° —3mx* —x+3m di quabao nhiéu diém
cO dinh ?

A. 1. B. 3. C. 2. D. 4.

Toa d6 diém M thudc d0 thi (C ) cua ham s6 y = 2x- sao cho khoang cach tir diém

x_
M dén tiém can duing bang 1 1a
A. M(O;l),M(2;3). B. M(Z;l).

C M —1;é . D. M 3;E .
2 2

Hoi khi m thay d6i do thi (C,) caahamsd y =(1-2m)x* +3mx*> —m—1 di qua bao nhiéu

diém cO dinh ?

A. 3. B. 4. C. 1. D. 2.

Toa d6 céc diém thudc db thi (C) ctia ham s8 y = 1 ma c6 tong khoang cach dén
hai duong tiém can cua (C ) bang 4 1a

A. (43),(-2:1). B. (2;5),(0;-1).
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Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 1e6.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

C. (2;5),(0;-1),(4;3),(-2:1). D. (2;5),(4:3).
2x* +(1-m)x+1+m
-x+m

Biét d6 thi (C,)) cilaham sG y = (m#-2) ludn ludn di qua mot

diém M(x,;;y,,) 8 dinh khi m thay ddi, khi d6 x,, +y,, bang

A. -1. B. 3. C.1. D. 2.

Choham s8 y=-x"+mx* —x—4m c6 d6 thi (C,) va A la diém ¢ dinh ¢ hoanh d§ am
cua (C,). Gid tri cia m dé€ tiép tuyén tai A cua (C,)) vudng goc vdi duong phan giac
goc phan tw th nhat 1a

A.m=-3. B. m=-6. C.m=2. D.m=——.

Trén d6 thi (C) cilahams6 y = c6 bao nhiéu diém c6 toa do nguyén ?

xX+2
A. 4. B.1. C. 2. D. 3.

Trén db thi (C) cua ham s§ y =x° —5x* +6x+3 ¢ bao nhiéu cip diém ddi xing nhau

qua gdc toa do ?

A.2. B. 1. C.0. D. 3.

Trén d6 thi (C) ctia ham s6 y = " c6 bao nhiéu diém c6 toa do la cac s6 nguyén
dwong ?

A 4. B. 3. C. 1. D. 2.

Trén d6 thi (C) cilahams6 y = e c6 bao nhiéu diém c6 toa do nguyén ?

A 6. B. 2. C. 3. D. 4.

4
. | \ A 2 o n ~ ) c s X \ f e g
Goi x,, x, lahoanh d¢ cac diém udn ctia d6 thi ham s6 y = - x? -1, thi x,x, cO gia tri

bang
INES B. 0. c % D. 2.
3 3 3

Trén d6 thi (C) chtaham sd y = 1 s0 diém ¢ toa do nguyén la
x_

A 4. B. 8. C. 3. D. 2.

A A . 2 \ ~ x+ 10 7 A .« A2 7 A A

Trén do thi (C) chtaham so y = . bao nhiéu diém co toa d6 nguyeén ?
X+

A 4. B. 2. C. 10. D. 6.

Trén d6 thi (C) cilahams6 y = 2x+ 2 6 bao nhiéu diém c6 toa dd nguyén ?
x_

A 4. B. 2. C. 1. D. 6.

Trén d6 thi (C) cilahams6 y = 2x — n c6 bao nhiéu diém c6 toa d¢ nguyén ?
X+

A 4. B. 2. C. 1. D. 6.
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Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

8x+11
4dx+2
A. 6. B. 2. C. 1. D. 0.

Trén d6 thi (C) citaham sd y =

c6 bao nhiéu diém co toa d9 nguyén ?

Toa d6 diém M c6 hoanh dd duong thudc d6 thi ham s§ y = X

sao cho tong khoang
x —

cach tt M dén 2 tiém can ctia d6 thi ham s6 dat gid tri nho nhat la
A. M(4;3). B. M(3;5). C. M(1;-3). D. M(0;-1).

S8 cip diém thudc do thi (C) ctia ham s8 y =x’ +3x*> =2 d6i xting vdi nhau qua diém

1(2;18) la
A 2. B. 1. C.3. D. 4.

n 2 /4 - A? 4 A A A AV . ? \ ~ 3x + 5 n A2
Trong tat ca cac diém cé toa d¢ nguyén thudc do thi (C) ctahamso y = , 50 diém

c6 hoanh d¢ 16n hon tung d¢6 la
A. 2. B. 8. C. 6. D. 4.

Cho ham s6 y:x+2

n c6 do thi (C ) Goi I la giao diém hai duwong tiém can cta (C )
x_

Biét toa dO diém M(xM ;yM) c6 hoanh d9 duong thudc d6 thi (C ) sao cho MI ng;fm
nhat. Khi d6 gia tri x,, —y,, bang

A.0. B. 243.

C.2. D. -2.

Cap diém thuodc d6 thi (C) ctia ham s8 y =x’ +3x—2 d6i xting nhau qua diém 1(2;18)
la

A. (1,2) va (3;34). B. (3;2) va (1;34).

C. (0;-2) va (4;74). D. (1;,2) va (-1;-6).

Cap diém thudc d6 thi (C) ctia ham s8 y =x° —4x% +9x+4 ddi xttng nhau qua gdc toa
do O la

A. (3;22) va (-3;-22). B. (2;14) va (-2;-14).

C. (1;10) va (-1;-10). D. (0;4) va (4;40).

C3p diém thudc do thi (C) ctia ham s§ y=x"+x d&i xting nhau qua duong thang
d:y:—%x Ia

A. (1;2) va (-2;-10). B. (2;-1) va (-2;1).

C. (1,-2) va (-1,2). D. (1,2) va (-1;-2).

NP A BA s s s x+1 e A A
Toa d6 diéem M thudc d6 thi (C ) ciahamso y = ma co khodng cach dén tiém can

x—2

ngang cua (C) bang 1 1a
A. M(3;2). B. M(5;2).
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Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

C. M(5;2),M(-1;0). D. M(4;§J,M[0;—%j.
C4c gia tri thuc cua tham s§ m dé do thi (C, ) cua ham s8 y=x’—3x* +m ¢ hai diém
phan biét ddi xiing nhau qua gdc toa d¢ la

A. -1<m<0. B. m=0. C. m>-3. D. m>0.

Chohamso y = x=3

n c6 do thi (C ) Goi d 1a khoang cach tir mét diém M trén (C ) dén
X+

giao diém cuta hai tiém can. Gia tri nho nhat ¢ thé ¢6 cua d la

A 2. B. 2./3. C. 3V2. D. 242.

Cho ham 55y >~ c6 do thi (C) va I 1a giao diém cia hai duong tiém can cua (C).
x —

Tiép tuyén tai mot diém M bat ky cua (C ) cit hai tiém can ctia (C ) tai A va B.Dién

tich ctia tam gidc ABI bang

A 4. B. 5. C.6. D.7.

Cho diém M thudc d6 thi (C) ctia ham s8 y = x—‘i biét M c6 hoang d6 a va khoang
X+

cach tlr M dén truc Ox bang ba Ian khoang cach ttr M dén truc Oy . Gid tri c6 thé c6 ctia

ala

A.azlhoécazz. B. a=-1 hoac x:Z.
3 3

C. a=-1 hoac a:—z. D.a=1 hoéca:—g.

222> <6 do thi (C). Goi M 1a mot diéim thuoe do thi (C) va d la tong

Chohamsé y =
x_

khoang cach tit M dén hai tiém can cua (C) Gid tri nho nhat cua d cé thé dat dwoc la

A. 6. B. 10. C.2 D.5
Cép diém thudc do thi (C) ciaham sd y = —%x3 +x°+3x— % ma chiing d&i xting nhau

qua truc tung la

A 3;_E va _3,._& ) B. 3;E va —3;E .
3 3 3 3
C. 2;E va —2;E . D. 2;—E va —2}—2 :
3 3 3 3

2
2 A AVN . 2 \ ~ 1 Va A .
Co6 bao nhiéu diéem M thudc d6 thi (C ) ctia ham s6 vy = LX;FS cach déu hai truc
X+
toa dd ?
A.2. B. C6 v6 s6 diém M thoa yéu cau.
C. 1. D. Khéng c6 diém M thda yéu cau.

C6 bao nhiéu diém thudc d6 thi (C) ctiahamsé y = c6 toa do nguyeén ?

x*+2x+2
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Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

A 1. B. 8. C. 3. D. 4.

Biét do thi (C,)) cia ham s6 y=x"—3(m—1)x* —3mx+2 ludn ludn di qua hai diém c&
dinh P(x,;y,) va Q(x,;y, ) khi m thay d8i, khi d6 gia tri cia y, +y,, bing

A. 1. B. 6. C.5. D. 8.

Toa do diém M thudc d6 thi (C) ctia ham s6 y = 2xx+_1

I(-1;2) dén tiép tuyén ctia (C) tai M la16n nhét.la

(1+xf2+[) 2(1 \/>2+\/7)
1( 14432 ) (1+I2+I)
1(1+\/_2\/—) 2(1\/_2—}—\/_)
M, (-1-3;2-+3), M, (-1-+3;-2-13)

sao cho khoang cach tir diém

1

x? —4mx+5m

Tap hop tat ca cac gia tri thuwe ctia m dé trén do thi (C, ) ctaham sd y = 5
x —

6 hai diém phan biét d6i xtrng nhau qua goc toa do la

A. (0;+00). B. [—%;0)\{—%}.
C. [1;+0). D. (—w;O)u(%;gju(é;ﬁDj.

Cho ham s6 y = 2x-3 c6 do thi (C). Biét rang tiép tuyén tai mot diém M bat ky ctia
x —_
(C ) ludn cit hai tiém can ctia (C ) tai A va B.Do dai ngén nhat ctia doan théng AB la

A. 4. B. 2. C.2. D. 242.

Toa d6 diéfm M thudc d6 thi (C ) cta ham sd y= xX+2 sao cho M céach déu hai diém

2x -1
A(z,o) va B(o,z)la

A (1+\/g 1+\/gj.

2 7 2 2 7 2

C. [1_2\/5 , 1_2\@] ; [1+2\/g , 1+2\/3J. D. Khéng ton tai diém M.

2 —_—
Khoang cach ngén nhét tir diém M thudc db thi (C) cia ham s§ y =L’;2 dén
x_

I1(1,4) la

A. 2. B. 24/2. C.\2+242. D.242-2.
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Cau 44.

Cau 45.

Cau 4e6.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

2x+1

Chohamsé y =
x+1

c6 do thi (C) . Téng khoang cach tir mot diém M thudc (C ) dén

hai tiém can cta (C ) dat gia tri nho nhat béng ?

A. 3. B. 2. C.%. D. 4.
Goi 4, B 1a hai diém thuoc hai nhanh khac nhau trén do6 thi (C ) cua ham s6 y = X +§ ,
x p—

dd dai ngan nhat ctia doan thang 4B 1a
A. 3. B. 23. C. 4. D. 2.
Biét do thi (C,) cua ham s6 y = x* +mx? —m+2016 ludn ludn di qua hai diém Mva N

c6 dinh khi m thay d6i. Toa d6 trung diém I cua doan théng MN la

A. 1(~1,0). B. 1(1,2016). C. 1(0;1). D. 1(0;2017).
Cho ham s3 y = ’;*g c6 d6 thi (C). Téng khoang céch tir mot diém M thude (C) dén
hai hai truc toa d¢ dat gid tri nho nhat b:?mg ?
A. 2. B.g. C. 1. D.l.
3 6
Chohamsé y = % c6 do thi (C ) . Tong khoang cach tir mot diém M thudc (C )
dén hai hai truc toa d6 dat gia tri nho nhat bang ?
A. 1. B.%. C. 2. D.%.

Toa d0 cap diém thudc d6 thi (C) ciahamsd y = x—+;l ddi xttng nhau qua duong thang

d:x—2y-6=01a
A. (4;4) va (-1,-1). B. (1,-5) va (-1;-1).
C. (0;,-2) va (3;7). D. (1,-5) va (5;3).
Cho ham s8 y =x* +mx® —m—1 ¢6 d6 thi (C,, ). Toa d6 cc diém & dinh cua (C,,) 1a
A. (-1,0),(10).  B.(10),(0;1).  C.(-21),(-2;3). D.(2;1),(0;1).
x> —5x+2

Choham s6 y = Toin c6 d6 thi (C). Hoi trén (C) c6 bao nhiéu diém c6 hoanh d6
X+

va tung d¢ la cac s6 ty nhién.

A. 3. B. 2. C. 8. D. 4.

Cho ham s6 y = —x* +2mx*> -2m+1 ¢6 dd thi (C, ). Goi A la diém c8 dinh c6 hoanh do
duong cta (C,). Khi tiép tuyén tai A ctia (C,) song song véi duong thang d:y =16x
thi gid tri cia m la

6

A. m=5. B. m=4. C. m=1. =—,
64
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Cau 53.

Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

: . M s Ae gen N e A X +4x+5
Khoang cach nho nhat tr mot diém thudc do thi (C ) ctla ham s6 y :—2 den
X+
duong thang d:y+3x+6=0 bang

A.2. B. 4. c. J10. D. % .

V10
Choham s6 y = x_+1 c6 db thi (C). Téng khoang céch tir mét diém M thude (C) dén
x f—

hai tiém can cta (C ) dat gid tri nho nhat béng

A.3. B. 4. C. 2\2. D. 2.
Toa do diém M thudc do thi (C) ctia ham s8 y = it; cach déu hai duong tiém cin
cua (C) la
A. M(2;1). B. M(0;-1),M(4;3).
C. M(5;ZJ,M(—3;1J. D. M(-2;2).
3 5
Toa d¢ diém M thudc do thi (C) ctia ham s8 y = i f cach déu hai truc toa d6 la
A. M(-1;-1),M(3;3). B. M(-1,3).
C. M(-1;-1). D. M(3;3).

Toa d6 diém M c6 hoanh dd nguyén thudc do thi (C) cia ham s§ y =~

2 c6 khoang
x-1

cach dén duong thang A:x—y+1=0 bang % la
2

A. M(-2;0). B. M(2;4).

C. M(2;4); M(-2;0). D. M(2;-2).

Chohamsd y = (m+2)x3 —3(m—2)x+m+7 c6 do thi (Cm). Khéng dinh nao sau day la
khéng dinh ding?

A. (C,) khong di qua diém c& dinh nao.

B. (C, ) ¢6 dung hai diém c§ dinh.

C. (C,) c6 dung ba diém 8 dinh.

D. (Cm) c6 dung mét diém c6 dinh.

Piéu kién ctia tham s6 m d€ trén do thi (Cm ) ciahamsé y=x° - (3m - 1)x2 +2mx+m+1
c6 it nhat hai diém phan biét d6i xting nhau qua truc Oy la

A. m<0. B. m<O0. C.m=-2. D. m<-2.

Db thi ham s8 y =2x° + mx® —12x—13 ¢4 hai diém cuyec tri cdch déu truc tung khi va chi
khi:
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Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

Cau 67.

Cau 68.

Cau 69.

A.m=-1. B. m=0. C.m=-Lm=-2. D.m=-2.
Hoi trén db thi (C) ctia ham s8 y = i:; 6 bao nhiéu diém cach déu hai truc toa do?
A.3. B. 2. C.4. D. 0.

Toa d cac diém thudc do thi (C) ciaham s6 y = 3xx_‘2 cach déu hai tiém cén cua (C)
A. M(-1;1);N(—4;-6). B. M(1;1);N(3;4).

C. M(-1;3);N(-3;3). D. M(-1;3);N(-3;3).

Toa d0 hai diém trén d6 thi (C ) ctia ham s6 y=-x"+3x+2 sao cho hai diém do6 ddi
xtmg nhau qua diém M (-1; 3)la
A. (-1;0);(1;6). B.(1,0);(1;6). C.(0;2); (-2;4). D. (1,0);(-16).

Trén do thi (C ) cutaham s y = ch c6 bao nhiéu diém cé toa do nguyén ?

A.2. B. 1. C.3. D. 4.

NPT A B - , . ~ x+1
Toa d6 tat ca cac diém thudc do thi (C) ctia ham s& y=

sao cho tong khoang cach
ttr diém dd dén 2 tiém can 1a nho nhat 1a

A. (1;1). B. (1+\B;1+\6).

C. (1—\/5;1—\/5). D. (2+\/§;1+\/§)Vé (2—\/3;1—\/5).

+1
x+1

A. K(-1;-3). B. N(3;-1). C. M(-1; 3). D. I(-3;-1).

D06 thi ctaham s6 y = nhén diém nao trong cac diém sau lam tam d6i xing ?

Toa d6 cc diém thudc dd thi (C) ctia ham s& y= 2x+1

cach déu tiém can ding va truc

hoanh la

A. M(2;1),M(4;3). B. M(0;-1),M(4;3).

C. M(0;-1),M(3;2). D. M(2;1),M(3;2).

C6 bao nhiéu diém M thudc do thi (C) ctia ham s8 y = x+§ sao cho khoang cach tt
x_

diém M dén tiém can ngang bang 5 Ian khoang cach tlr M dén tiém can ding?

A.2. B. 1. C.3. D. 4.

Cho d0 thi (C):y = (m—4)x" - (6m—24)x* —=12mx+7m—18, tim duong thdng ma cac
diém cd dinh ctia ho d6 thi (C) déu thudc:

A. d:y=-48x+10. B. d:y=48x+10.

C. d:y=-24x+10. D. d:y=-24x-10.
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Cau 70. Cho do6 thi (C) cy=(m+1)x* —(2m+1)x —m+1, im duong thang ma cac diém 8 dinh

ctia ho d06 thi (C) déu thudc:
A d:y=x+2 B.d:y=-x+2 Cdiy=2x+2 D.d:y=2x-2
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II. DAP AN VA HUONG DAN GIAI

1B 2C 3B 4D 5B 6C 7A 8B 9C 10C
11A 12A 13A 14D 15C 16D 17D 18D 19A 20B
21D 22A 23B 24A 25A 26A 27C 28D 29C 30D
31D 32A 33D 34C 35B 36C 37C 38B 39C 40D
41D 42C 43C 44B 45A 46D 47B 48D 49B 50A
51B 52A 53D 54C 55B 56A 57C 58C 59B 60B
61C 62B 63C 64D 65D 66D 67B 68A 69A 70A
Caul. ChonB.
Goi M(x,;y,) 1a diém c6 dinh can tim.
Taco y,=(m-1)x,+3-m,Vm
& (6, ~Dm—x,—y, +3=0,Ym < {xo o= {xo =12 M),
X, —Y,+3=0 Y, =2
Phuong phap trac nghiém
Chung ta cé thé thé tung dap an dé kiém tra, tic la thé toa dd diém M vao phuong
trinh ham s6 luén dung véi moi m thi diém d6 la diém cd dinh.
Cau2. ChonC.
Goi M(x,;y,) 1a diém c6 dinh can tim.
Ta cb y, =x; +2mx,—m+1
x =t
c>(2x0—1)m+x§+1—y0=0,Vm @{22%_1:0 o P2 M(l,éj
x,+1-y,=0 5 2 4
Yo = Z
Phuong phép trac nghiém
Chung ta cé thé thé tiing dap an dé€ kiém tra, tirc la thé toa dd diém M vao phuong
trinh ham s6 luén dung véi moi m thi diém d6 la diém cd dinh.
Cau 3. ChonB.
Goi M(x,;y,) 1a diém c6 dinh can tim.
Ta cd y, = x, —3x] +mx, +m,Vm
s, {x0+1:O {x():—l
< (xy+Dm+x;-3x; -y, =0,Vm <4 | ) = = M(-1,-4)
Xy =3%, =Y, =0 Yo =—4
Phuong phap trac nghiém
Chung ta cé thé thé tiing dap an dé€ kiém tra, tirc la thé toa dd diém M vao phuong
trinh ham s6 ludn dung véi moi m thi diém d6 la diém ¢d dinh.
Cau4. ChonD.

Goi M(x,;y,) 1a diém c6 dinh can tim.

Ta cé
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Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

4 2 2 4 2x§:O x, =0
=x, —2mx, +3,Vm<2x m+y,—3—x, =0,Vm < & = M(0; 3).
yO 0 0 0 yO 0 4
Y,—3-x,=0 Yo

Phuong phap trac nghiém
Chung ta cé thé thé ting dap an dé€ kiém tra, tirc la thé toa dd diém M vao phuong
trinh ham s6 ludn dung véi moi m thi diém d6 la diém cd dinh.
Chon B.
Goi M(x,;y,) la diém cd dinh can tim.
_(m+1)x,+m

Ta co yo—W,Vm¢0<:>xoyo+myo:mx0+x0+m,Vm;tO
0

—x ~1=0 0
Yo~ % @{xo — M(0;1).

XYy =%, =0 Yy =1

sm(y,—x,-D+x,y,—x,=0,Vm=0 < {
0

Phuong phép trac nghiém

Chung ta cé thé thé ting dap an dé€ kiém tra, tirc la thé toa dd diém M vao phuong

trinh ham s6 ludn dung véi mei m thi diém d6 la diém c6 dinh

Chon C.

Goi M(x,;y,) 1a diém c6 dinh can tim.

. a3 2
Ta c6: y, = x, —3mx; —x, +3m,Vm

3

1-x*=0 =1 =-1
S 3(1-x)ym+x; —x, -y, =O,Vm<:>{ %o O@{xo 0 hoac {xo )
= y
0

Xo =X~ Y Yo = 0=
Vay d6 thi ham s6 da cho di qua hai diém c6 dinh.
Chon A.
Goi M(a; 2“_1J e(C) véi az1.
a_

Tiém can ding cta (C) lax=1.
Ta c6 |a-1| :1@[
Chon B.

Goi M(x,;y,) 1a diém c6 dinh can tim.
Ta c6 y, =(1-2m)x; +3mx; —m—1,Vm

P . 2x;—3x;+1=0
< (2x) =3x; +)m+y,—x, +1=0,Vm <

Y, — X, +1=0
M x =L
o {;0 z;l hoac {;0 zé hoac ' f hoic ' § )
’ ’ Yo = "2 Yo = 4
Vay do6 thi ham s6 da cho di qua bon diém c6 dinh.
Chon C.
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Cau 10.

Cau 11.

Cau 12.

2a+1
a_

Goi M[a; Je(c) véi a1,

Tiém can ding va tiém can ngang cua (C) Ian luot c6 phuong trinh x=1, y =2.
Khoang cach tir M dén tiém can dung la h, =|a—1|

_[2a+1
_| a-1

3

Khoang cach tiv M dén tiém can ngangla &, = | 1|
a —

_ 2‘
Tong khoang cach tir M dén hai dwong tiém can bang 4 nén ta co:

a-1=3 |a=-2

h +h2=4@|a—1|+i=4@|u—1|2—4|a—1|+3=0@ PN .
la-1=1""|a=2

1 ja-1]
Vay céc diém can tim la: (2;5), (0;-1), (4;3), (-21).
Chon C.
Goi M(x,;y,,) 1a diém c8 dinh can tim.

in,[ +(1—m)xM+1+m,vm¢_2

Taco y,, = o
X, +m

S XYy TMYy =2x]2\/I +x,, —mx,, +1+m,Vm#-2
S (ty + Yy~ D=1y, — 207 —x,, ~1=0,Vm = -2

- Xy +Yyu—1=0 PN Yu=1-x,
-x, Y, —2x5 —x, —1=0 |-x,(1-x,)-2x> —x,, —1=0
MyM M M M M M M

X, =—1
& = M(-1,2)
v =2
Vay x,,+vy,, =1.

Chon A.

Goi A(x,;Yy,), x, <0 la di€ém cd dinh can tim.
Ta ¢ y, =—x, +mx; —x, —4m,Vm

0

<:>(x§—4)m—x§—x0—y0:O,Vm<:>{xz_4:0 :>{x =2
X, =Xy~ Y, =0

Lai c6 y'=-3x" +2mx-1=y'(-2) =—-4m—13

Phuong trinh tiép tuyén cua (C,,) tai A(-2;10) c6 dang y =(—4m—13)(x+2)+10 hay
y=(-4m-13)x-8m—16 (A).

Puong phén gidc gbc phan tu thi nhat ¢ phuong trinh d:y=x.

Vi A vuong goéc véi d nén tacé 4m-13=-1<m=-3.

Chon A.

Goi M(x,;y,) VOi x, eZ\{—Z},yO eZ
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Cau 13.

Cau 14.

Cau 15.

Cau 1e6.

Cau 17.

Cau 18.

X, € Z\{-2}

=12 = x,+2e{-2;-1,1;2} = x, € {-4;,-3;-1,0}

X, +2
Vay trén do thi (C) c¢6 bdn diém co toa d6 nguyén.
Chon A.
Goi A(a;a® 54" +6a+3),B(b;b’ ~5b° +6b+3) 1a hai diém trén (C) ddi xtmg nhau
] a+b=0 , \F
Oc toa do, ta o =-10a"+6=0=a==,|—.
qHa goc toa €6, 12 0 a3+b3—5(a2+b2)+6(a+b)+6=0 ‘ ‘ 5
Chon D.
Goi M(x,;y,) v6i x,eN ,y, eN’
x, e N*
=< 3 EN*:>2x0—1e{1;3}:>xoe{1;2}
2x, -1
= M, (-1;-1), M,(0;-3), M,(1;3) va M,(2;1).

Vay trén do thi (C) cé hai diém c6 toa do la cac s6 nguyén duong.
Chon C.
Goi M(x,;y,) vOi x,€Z,y, L.
X, €L
2 1 _4
= 4 :>3x0—2e{—4;—2;—1;1;2;4}:>x0e -—0,=,1,—;2
e’ 3 '3 '3
3x, -2

Do x, €Z = M,(0;-2), M, (1;4) va M,(2;1).

Vay trén d6 thi (C) ¢ ba diém c6 toa do la cac s6 nguyén.

Chon D.
Lo 3 " 2 -2 A —2
Taco y'=x"-2x,y"=3x"-2=x,.x, =?.Vay xl.xZ:?.
Chon D.
Goi M(x,;y,) vOi x,€Z,y, L.
Yo sk 5.1.1.13_7
= 6 :>4x0—16{—6;—3;—2;—1;1;2;3;6}jxoe —————0,=—=1—=
eZ 4 2 4 24 4
4x, -1
Do x, e Z = M,(0;-6) va M,(1;2).
Vay trén do thi (C) c6 hai diém co toa dd la cac s6 nguyeén.
Chon D.
Goi M(x,;y,) VOi x,€Z,y, L.
X, €L
=1y o1s 9 EZ:>x0+1e{—9;—3;—1;1;3;9}:>x0 e {-10;—4;-2;0;2;8}
x,+1
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Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

= M, (~10;0), M, (~4;-2), M, (~2; -8), M, (0;10), M (2;4) va M, (8;2).
Vay trén do thi (C) cd sdu diém cd toa do 1a cac sd nguyén.

Chon A.

Goi M(x,;y,) VOi x,€Z,y, €.

X, €L
= =2x,-1€{-5,-1;1,5} => x -2:;0;1;3
yo=l 1+—2 ez =0 «{ J=x, €] }
2 2x, -1
& x,=-2=y,=0= M(-2;0) & x,=1=y,=3= M(1;3)
& x,=0=>y, =-2= M(0;-2) & x,=3=>y,=1= M(3;1)

Vay trén d6 thi (C) ¢6 bdn diém co toa dd la cac s6 nguyeén.
Chon B.
Goi M(x,;y,) Vvoi x,€Z,y, €.

X, €L

= 1 11 =3x, +1e{-1L,-L;11} = x e 4;-2,0,00

Yy =—=|5- el 33

3 3x,+1

& x,=—4=y,=2=>M(-42)
& x,=0=y, =-2= M(0;-2)
Vay trén d6 thi (C) c6 hai diém co toa d la cac s6 nguyeén.
Chon D.
Goi M(x,;y,) VOi x,€Z,y, € Z

%o €2 9.3.15
= 7 = dx,+2€{-7,-LL7} = x, eq—=; -5 -

dx,+2
Do x, € Z nén trén do thi (C) khong c6 diém nao cé toa do nguyeén.
Chon A
Goi M a;a+2 e(C); a>0vaa#2,tacod= |a 2| E—1 |a—2|+ >4
a-2 -2 |a—2|

D&u "=" xay ra khi va chi khi [a -2/’ :4<:>|a—2|:2<:>[
Két luan M(4;3).
Chon B.
Goi M(x;y) la diém trén d6 thi (C ), goi N la diém d6i xtiing véi M qua [, ta c6
N(4-x;36-y). Vi N thudc (C), tacé
3 2
36—y =(4-x) +3(4-2) T P 3xt 2= —(4-2) ~3(4-x) +38 > x=2
y=x"+3x>-2

Vay co tat ca mot cap diém thudc do thi (C ) thoa man yéu cau dé bai.
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Cau 24. Chon A.
Goi M(x,;y,) vOi x,€Z,y, L.
X, €L

= Y, =3+ 8 EZ:>9C0—1€{—8}—4}—2;—1;1;2;4;8}:>x0e{—7;—3;—1;0;2;3;5;9}

x,—1
= M,(=7;2), M, (-3;1), M, (~1;-1), M, (0;-5), M_(2;11), M, (3;7), M, (5;5) va M,(9;4).
Vay c6 2 diém théa man yéu cau dé bai.

Cau 25. Chon A.

Goi M(a;éﬂrije(c) véi a>0,a#1;toa d) giao di€ém cac tiém can la 1(1;1), ta co
a_
2 +2 ’ 2 9
MI* =(a-1) +(”——1] =(a-1) +—— >6.
a-1 (11—1)

a=~+3+1

D4u "=" xay ra khi va chi khi (a—1)4 =9 @{ Vs . Vi M c6 hoanh d6 dwong
a=—3+1

nén chon a=~3+1, suy ra M(\/§+1;\/§+1) nén x,, -y, =0.
Cau 26. Chon A.
Goi A(x,; x5, +3x, —2), B(x,;x) +3x,—2) lahai di€m trén (C) d6i xtmg nhau qua
1(2;18).
Ta b {xA+xB=2xI<:>{xA+xB=4 (1)
Y, +y, =2y, X5 43x, —2+x,+3x,-2=36 (2)
Thay (1) vao (2) ta dugc £ +3x, —2+(4—x,) +3(4—x,)~2=36 < | A~ ¥ =7,
x,=3=x,=1
Vay cédp diém can tim la A(1;2), B(3;34).
Cau 27. Chon C.
Goi A(x,;x) —4x% +9x, +4), B(x,; x) —4x5 +9x, +4) 1a hai diém trén (C) d6i xting
nhau qua gdc toa do.
Ta 6 {xAerB:ZxO@{xAerB:O (1)
Yoty =2y,  |x,—4x2+9x, +4+x, —4xs+9x,+4=0 (2)
Thay (1) vao (2) ta dwoc
X —4x% 9%, 14+ (-1, ) —4(—x, )} +9(—x,)+4=0 2 :1 Ziizl—l
Vay cip diém can tim 1a A(1;10), B(~1,-10).
Cau 28. Chon D.
Goi A(a; a’+ a), B(b;b3 + b) la hai diém trén (C) ddi xtiing nhau qua dwong thing

d:y:—%x hay d:x+2y=0.
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Cau 29.

Cau 30.

Cau 31.

Cau 32.

led 1 -
Tacéd: {— - 0 (v6i I la trung diém cua AB va ua(2;-1) la vecto chi phwong cua
ABua=0(2)
d)
3 3
Tir (1) ta 6 a+a+b’+b_ 1 a+b

2 2° 2
& (a+b)(2a° —2ab+2b* +3)=0 <> a=-b (3)

2
(Vi 2a° —2ab+2b* +3:2(a2 —ab+b* +%)=2(a—%bj +%b2+3>0,wz,b)

Vaéi Zéz(b—a;(b—a)(a2+ab+b2 +2)), tkr (2) ta co

2(b-a)—(b—a)(a* +ab+b*+1)=0

& (b-a)(a® +ab+b*>-1)=0

=a +ab+b*-1=0(4) (Viazb)
Thay (3) vao (4) ta duoc az_azwz_lz(}@[iiij;j-
Vaéy cdp diém can tim la A(1;2), B(-1,-2).
Chon C.

D06 thi ham s6 c6 phwong trinh tiém can ngang la y =1

a+1 3 a=>5
—l =1l .
a-—2 a=-1

——1‘:1<:>
a-2

a+1

GQiM(a; je(C),a;ﬁZTacé

a-2
Vay M(5;2),M(-1;0).

Chon D.

D6 thi ham s6 (C,) c6 hai di€ém phan biét d6i xiing nhau qua goc toa d¢ khi va chi khi
ton tai x, # 0 sao cho y(x,)=-y(-x,) < tontai x, #0 sao cho

X, —3x; +m= —[(—xo)3 =3(-x,)* + m} < ton tai x, #0 sao cho 3x; =m < m>0.

Chon D.

Giao diém ctia hai tiém can la I(—l;l), goi M(a;%] IS (C) voi a#-1tacod
a+

, : (a=3 Y : 16
MP =(a+1) +| Z= 1| =(a+1) + >8= MI22v2.

a+1 (a+1)2 -
Chon A.
Phuwong phap tu luan
Tiém can x =1, y =1=I(1,1). Goi M(m,erDe(C), ta tim dwoc toa do A(l,m+i’J,
a— m_
B(2m-1,1).
Dién tich § =~ IAIB =~ "5 1| [y —1-1| = 4.
2 2\m-1
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Cau 33.

Cau 34.

Cau 35.

Phuong phép trac nghiém

Cho d thi ham s6 (C):y = 2

- Goi M la diém tity y thudc (C). Tiép tuyén tai M cit
cx+d

hai tiém can tai A,B.Goi I 1a giao diém hai tiém can. Khi d6 dién tich tam giac ABI
ludn 1a hang s8. Cach tinh nhanh:
1. Chon M (2,3) thudc (C). Viét phuong trinh tiép tuyén tai Mla d:y =-2x+7. Khi
d6 A(1,5),B(3,1)va [A=4,IB=2.
1

2. Tam giac ABI latam giac vuong tai /. Dién tich S, :EIA.IB =4.
Chon D.
Theo gia thiét ta co:
x-7 _3 0
y=3x 1 3x*+2x+7=0 |9"
|y|=3|x|<:> = s = 7.
y=-3x x—7=_3x 3x"+4x-7=0 x=1vx=—§

x+1
Nhac lai: Diém M e (C):y= f (x) sao cho khoang cach tir M t6i Ox bang k lan
khoang cach ttt M téi Oy c6 hoanh d6 la nghiém phuong trinh

f(x)zkx
|f(x)| = |kx| = {f(x) e
Cach khac:
v 7 a=1

Goi M(a;a;j v6i a#—1. Theo dé ta c6: |[2—2 =3|a| = 7.

a+1 a+1 [,Z:—g
Chon C.
Goi M(a;za_?)je(C) véi a#2, tacd

a—
d=|a-2|+ 203 _, =|a—2|+ NS

a— |a—2|

Vay gia tri nho nhat ctia d bang 2.
Chon B.
Phuwong phap tu luan

Goi A(xA;—%xi+xi+3xA—%j, B(xB;—%xg+x;+3xB—%j la hai diém trén (C) doi

xtrng nhau qua truc tung.

X, =—X
x,+x,=0 5 A
Tacé{’* SRS 1 1 1

1

1 1 1
Ya=Ys —Exj+xi+3xA—?:—§xB+x§+3xB—? (2)

Thay (1) vao (2) ta duogc:
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11

1
—gxi+xi+3xA—

3

Vay c6 hai cap diém can tim la A(3;1?6J , B(—B;Ej.

Phuong phap trac nghiém

11

=) )

: LA e X, +x,=0 o A
Kiém tra diéu kién doi xitng qua truc tung { 4 va kiém tra diém c6 thudc do
Ya=Ys
thi khong.
Cau 36. Chon C.
Goi M(xM,yM ),(xM # —3) thoa yéu cau bai toan. Ta co:
v = 15
=x,, +2+ MT Ty
Im = X, +3 < 2
15
Yy =Xy Yu= _?
Cau 37. Chon C.
Goi M(x,;y,) voi x,€Z,y, L.
x, €
=1_ 2 = x+2+2e{-2-11;2)
Xy +2x,+2
& X; +2x,+2=-2 (vOnghiém) & x)+2x,+2=1ox,=-1=y,=2=M(-1,2)
=0=>vy,=1= M(0;1
& xp+2x,+2=-1 (vOnghiém) & x}+2x,+2=2< o Yo (1)
X, =2=y,=1=>M(-2;1)
Vay co trén do thi (C) ¢ ba diém co toa do la cac s6 nguyén.
Cau 38. Chon B.
Goi (x,;y,) la diém c6 dinh can tim.
Ta c6 y, =x, —3(m—1)x; —3mx, +2,Ym
24+x, =0
< 3(x) +x,)m+y, —x, —3x; —2=0,Ym < oo
Y, — x5 —3x;-2=0
x, =-1 x,=0
<:>{ 0 hoic { o
Y, =4 Yo=2
Suy ra P(-1;4),Q(0;2) hodc P(0;2),Q(-1;4) nén y, +y, =6.
Cau 39. Chon C.
. 2x0 _1 r. - A ~ . 4 \
Goi M| x,; 1€ (C) vdi x, #—1. Tieép tuyén tai M c6 phwong trinh
X, +
2x, -1 3
y——2—= (x—x,)

X1 (x, +1)

hay 3x—(x,+1)*y+2x; -2x,-1=0.
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Khoang cach ttr I(-1;2) tdi ti€p tuyén
S3-2(x, +1) 422 =2x, -1 6|x, +1] 6

- i i
9+ (x, +1)" J9+(x, +D)* \/

(x, + 1)2 +(x, +1)

Theo bat déng thtic Cosi: +(x, +1* 2249 =6, vay d <6 . Khoang cach d 16n

2
0

nhétléx/gkhi( 91 —(x0+1)2<:>(x0+1)2=3<:>x0=—1i«/§.
+

Yo

0
Vay: M(—1+\/§;2—\/§), M(—l—\/§;2+\/§).

Cau 40. Chon D.
D6 thi ham s6 (C,,) c6 hai diém phan biét doi xting nhau qua goc toa do khi va chi khi
ton tai x, #2 va x, #0 sao cho y(x,) =-y(-x,)

xXo —4mx, +5m _ (=x,)" —4m(-x,)+5m
X, -2 (—x,) -2

< ton tai x, #2 va x, # 0 sao cho

& tontai x, #2 va x, # 0 sao cho (1-2m)x; +5m =0

m<0
5m(1—2m) <0

o {1-2m)4+5m=0=4| "7 7.
(1-2m).0+5m=0 4

Cau41. Chon D.

Lay diém M (m; 2+
m-2

Tiép tuyén tai M c6 phuwong trinh d:y = —( )
m-—2

Giao diém cta d vdi tiém can dung la A(2;2 + 2 J
Giao diém cta dvdi tiém can ngang la B(Zm - 2;2) )

Tacd AB* =4 (111—2)2 + >8,suy ra AB> 2\2 . Dau “=" xay ra khi

m—2 ?

(m—2)2 =1,nghiala m=3 hodac m=-1.
Cau 42. Chon C.
Phuong trinh duwong trung triec doan 4B la y=x.
Nhiing diém thudc do6 thi cach déu A va B ¢ hoanh d6 1a nghiém cta phwong trinh:
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Cau 43.

Cau 44.

Cau 45.

X+2 —xox’-x-1=0< 2
2x—1 x_1+\/§
2

Hai diém trén d6 thi thoa yéu cau bai toan la [ > ; 5 >

1—\/3 1—\/5J [1+x/§ 1+\/gj
5 ; , .

Chon C.
Goi M(x;y) thuoc (C), ta co

2 2
IM=(x-1y-4)= IM? =(x—1)2+[x+3+i—4] =(x—1)2+(x—1+i) .

x-1 x—1
8(¥)
Ma
() =(x=1) +(x=1) +——+2=2(x—1) +— - +252422,
(x-1 (51
1
1 1 x:].—%
= minIM =2+2v2 . Pat duoc khi 2(x-1) =—— & (x-1) =~ = .
(x—l) 2 x:1+i
Q/E
Chon B.
Phuwong phap tu luan
Goi M [xM,Z— 1 J thudc (C). Va MH, MK 1a khoang cach tir M dén tiém can ding
M
va tiém can ngang. Khi d6 MH = |xM +1| va MK = L 1 Do do
Xy +

MH+MK = x, +1] T (Cauchy)
|xM +1|
T 2 Xy =—2=>Y,=3
Suy ra MH + MK bé nhat khi (xM +1) =le
X, =0=y, =1
Phuong phép trac nghiém

_ax+b

Cho d6 thi ham so (C ) 'y . Goi M 1a diém thudc d6 thi ham s6, khi d6 tdng

cx+d
ad - bc

2
C

khoang céach tir M dén 2 tiém cén c6 d6 dai nho nhatla 2

Chon A.

Goi A 1a diém thudc thudc nhanh trai ctia d6 thi ham s6, nghiala x, <3 = vo6isd

6 6 6
a>0,dat x, =3—a,suyra =1+ =1+ =1-— (1).
A yrada x,-3 3—a-3 a ()
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Cau 4e6.

Cau 47.

Tuong tw goi B la di€ém thudc nhanh phai, nghiala x, >3= vdis6 >0, dat

x,=3+p,suyra y, =1+ 6 =1+ 6 =1+ 6 (2)

X =3 3+4-3 E
Il {resH-2)
S(a;ﬂ)=(a+ﬂ)2+[g+%]2:(a+ﬂ)z+( lassf ( 1[]]
(e e )

Dung bat dang thitc Cauchy, ta c6

Vay AB’ =(xB—xA)2+(yB—yA) [(3+ﬂ

g(@; )2 (2ap+ 2aﬁ)(1+%) = &> 244,144 = 48.
(24

Vay AB>+/48 =44/3 . Dau déng thtic xay ra khi va chi khi

o= ﬂ o= ﬂ

4 & , 1 Da=p=—
1440f =— _ 2
d af (aﬂ) 36

Vay do dai AB ngén nhat 1a 44/3.
Chon D.

Goi (x,;y,) la diém c6 dinh can tim.

Ta c6 y, = x; +mx; —m+2016,Vm < (x; —)m+x; —y, +2016 =0, Vm

x2-1=0 x, =1 L fx =1
= & hoac
s =Y, +2016=0 y, =2017 y, =2017
M(1;2017) . | M(-1;2017)
hoac .

N(-1;2017) N(1,2017)

Toa d6 trung diém I cua doan théng MN 1a 1(0;2017).

Chon B.

Diém M nam trén truc Ox: M(-2;0) = d, = |—2| +0=2

:g<2
3

Diém M nam trén truc tung: d,, =0+

Xét nhitng diém M c6 hoanh d¢ |x| > % =d, = |x|+|y| > %
Xét nhitng di€ém M c6 hoanh d¢ thoa man |x| < %; y< —% = |y| > %(*)
* Truong hop: 0<x< % Do (*) chonén: d,, = |x|+|y| >§

*  Truong hop: —§<x<0;—§<y<0:>dM=—x—1—i;d‘ =-1+ >

x=3" " (x—3)2
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Cau 48.

Cau 49.

. Khi 1ap bang bién thién,ta thdy ham s6 nghich bién véi

d', =0 x=3-V5
x=3+\/§

moi xe(—%;O].Véy mind,, =d,,(0) = 2

5 .
Chon D.

bDiém M (O,gj nam trén truc Oy . Khoang cach tit M dén hai trucla d = %
. ~ . s A1 3 3

Xét nhitng diém M c6 hoanh do 1on hon 5 =d= |x|+|y| > 5

Xét nhitng diém M c6 hoanh d nho hon % ;

o Véi O<x<%:>y>% :>d:|x|+|y|>§

. Véi—§<x<0;y>0:d:—x+x+1+ 1 =1+ 1 ;d'=— 1 -<0
x+2 x+2 (x+2)
Chiing t6 ham s8 nghich bién. Suy ra mind = y(0) = % :

Chon B.
Goi duong thang A vudng goc véi duong thang d:y = %x -3 suyra A:y=-2x+m.
Gia st A cat (C) tai hai diém phan biét A, B. Khi 6 hoanh d6 ctia A, B 1a nghiém
ctia phuwong trinh

x#2

=—2X+mM < 2x% —(m+3)x+2m+4=0-

h(x)

x+4

x-2

Diéu kién cin:
Dé& A cit (C) tai hai diém phan biét thi phuong trinh h(x) =0 c6 hai nghiém phan biét

A>0 2 _10m—23>0 <5-443
Khac 2,t1’rclé1{ P R PN L f(*).

h(2)#0 ~ |-6=0 m>5+43
DPiéu kién du:

Goi I 1a trung di€ém ctia AB, ta co:

x, =—4—= ! 4 m+3 3m+3
2 & 3 =1 1 ; > .
y,=2x,+m y1=%+m

Dé hai diém A, B d6i xtiing nhau qua d:x-2y—6=0 khi [ ed

m+3_2-3m+3

4 5 —6=0m=-3(théa dieu kién ().
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Véi m=-3 phuong trinh h(x)=0<2x*-2=0< i z;;:;y:igl
Vay toa hai diém can tim la (1; —5) va (—1;—1) .

Cau 50. Chon A.
Goi (x,y) 1a diém c6 dinh ctaa ho d6 thi(Cm) cy=x"+mx’-m-1, tacd
y=x"+mx’—m-1,Ym

<:>(x2—1)m+x4—1—y:0,Vm

x*-1=0 x=1 [x=-1
=3 = ;
x*-1-y=0 |(y=0 |y=0
Vay ho db thj c6 hai diém 8 dinh 1a (-1;0),(1,0).

Cau 51. Chon B.
Goi M(x,;y,) v6i x,eN,y, eN.

x, €N
= yoZ%(XO_6+x08+1jeN:xo+1e{—8;—4;—2;—1;1;2;4;8}:x0e{—9;—5;—3;—2;o;1;3;7}
Do x, e Nnén
& x,=0=y,=1= M(0;1) ﬁxozlzyoz—% (loai)
zsx0:3:>y0:—% (loai) & x,=7=>y,=1= M(7;1).

Cau 52. Chon A.
Goi A(x,;Yy,), x, >0 la di€ém cd dinh can tim.

Ta cé: y, =—x +2mx; —2m+1,Vm

= A(1;0)

2-1=0 =1 >0
< 2m(x; —1)+1-x5 -y, =0,Vm @{xo :{xo (%,>0)

1_x4_y020 Yo=

0
Lai c6 y' =—4x" +dmx = y'(1) =4m—4.
Phuong trinh tiép tuyén caa (C,) tai diém A(1;0) c6 dang y =(4m—4)(x—1) hay
y=Am-4)x+4-4m (A).

= m=>5.

<
4-4m=0

. .. . |4m—-4=16 m=>5
Vi A song song véi d nén
m#1

Cau 53. Chon D.

Goi M(x,x+2+ 12]6((:).

X+

Khoang cach tr M dén d la h(M;d ) cho boi

h(M-d)—|3x+y+6|— U sxs6exe2+ —L4(x+2)+
SN TN T x+2| J10 x+2|
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Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

e Khix+2>0:

Ta c6 4(x+2)+L24 d&u bang xay ra khi 4(x+2):L<::>(x+2)2 :l:>x:——
x+2 x+2 4 2

Vay h(M;d ) dat gia tri nho nhat la

4
Jio’

e Khix+2<0
; 1
Ta c6 —4(x+2)—(x+2)24
Dé&u bang xay ra <> —4(x+2)=- +2<:>(x+2) :—:x:—g.
X
, 4
Vay h(M;d) dat gia tri nhé nhatla —.
ay( )aglarlnonaa\/E
Chon C.
Goi M(a;a—HJe(C) véiazltacod d=|a—1|+ ”—”—1‘:|a—1|+izzx/5.
a-1 a-— |a—1|
Chon B.
Goi M(a;{HZJe(C) Vi 4%2 tacé|a—2)- ﬂ_l‘@|a_z|zi@[“:0.
a-2 a-2 |a—2| a=4

Vay M(0;-1),M(4;3).

Chon A.
2_ — — = —
Goi M a;ﬂ e(C)V(’yia;tl tacé|a|=ﬂ® a—20-3 0<:> 4 1.
a-1 a-1 a’+3=0 a=3
Vay M(-1;-1),M(3;3).
Chon C.
GQiM(a;aJrzje(C) voi a#1 tacod
a-1
a+2 a=1+«/§
1) 1 |@-ay #-20-2=0 |z-1-3
—_— = — s =1 |47 .
N V27 a1 2’ -4=0 a=2

a=-2

Vay c6 hai diém thoa yéu cau la M(2;4);M(—2;O) .
Chon C.
Goi M (xo;yo) la diém c6 dinh ctia ho d6 thi (Cm ), ta co
Yo =(m+2)x] —3(m—2)x,+m+7,Ym
<:>(xg -3x, +1)m+2x§ +6x,+7-y,=0,Vm
@{x3—3x0+1:0

2x) +6x,+7 -y, =0
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Cau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

Vi hé ¢6 3 nghiém phén biét nén ho do thi c6 3 diém cd dinh.

Chon B.

Goi M (x, y),N (—x,y) 13 hai diém thudc d6 thi (Cm )dé’i xtng nhau qua truc tung. Ta
co

x3—(3m—1)x2+2mx+m+1:—x3—(3m—1)x2—2mx+m+1

3 x=0
20 +dmx =0 .
X" =-2m
Vay m<0.
Chon B.
. A'>0 2472
Ta co y'=6x2+2mx—12.Diéukién{ @{m +0 >O@m:0,Véy m=0.
= m:
Chon C.
+a-1=0
Goi M ﬂ,a+1 e(C) vOl a# -2, ta co |a|:a_+1 ara
a+2 a+2| | a*+3a+1=0

Phuong trinh ¢ 4 nghiém nén trén d6 thi c6 4 diém cach déu hai truc toa do.
Chon B.

Goi M(a,3a_5Je(C) v6i a2 tacd a2 = 3”‘5—3‘ & (a-2) :1@[”2
a—2 a—2 a=

Vay M(1;1);N(3;4).

Chon C.

Goi A(a, —a®+3a+ 2), B(b,—b3 +3b+ 2) 1a hai diém trén (C) d6i xtrng nhau qua

M(—l' 3) . la+b=-2
"7, ta co:
-a°+3a+2-b>+3b+2=6

- a+b=-2 <:>{a+b:—2<:>{a:0 v{a:—Z
(a+b)’ ~3ab(a+b)-3(a+b)+2=0  |ab=0 b=-2"[b=0

Chon D.

-1=2 x=3
3—x —x+1+2 2 x—-1=-2 =-1
y= = =-1l+—= =
-1 x—1 X — x—1=1 x=2
-1=-1 x=0

Ta co
Vay 6 4 diém thoa yéu cau bai toan.
Chon D.

a+1

GQiM(a; je(C)V(’yia;tZ.Tacéd=|a—2|+

a+1 3
E—l‘—|a—2|+m22\/§.

a=2+3
a=2-+3

a-2

D&u " =" xay ra khi va chi khi (a-2) =3 & {
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Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

Véy hai diém d6 13 (2+3;1++3) v (z_ﬁ;l—ﬁ)

Chon D.
Tam do6i xing ctia d6 thi la giao diém cua hai dwong tiém can. Vay diém can tim la
M(-1; 3).
Chon B.
Goi M[a;zaJrlJe(C) véi azl.
a_
> 2a+1=2a+1 =0
Ta co |a—1|: 2a+1 4o 7 ed—da=0e|"
a-1 a’—2a+1=-2a-1 a=4
Vay diém can tim la: M(O; —1),M(4;3).
Chon A.
Goi M(a;a+2je((f) voi a#2.
a-2
Ta c6 5[a—2|= a*2 <:>5|a—2|:i<:>5(a2—4a+4):4.
a-2 |a—2|
+
<:>502—20u+16=0<:>a=%

Vay c6 hai diém can tim.

Chon A.

y=(m—-4)x’ —(6m—24)x*> —12mx+7m—18

& (x° —6x" —~12x+7 ) m—(4x* —24x” +18+y) =0

- Toa 0 diém cO dinh cuia ho d6 thi (Cm) la nghiém ctia hé:

X’ —6x*-12x+7=0 X’ —6x*-12x+7=0 (¥)
{élx3 —-24x* +18+y =0 “ {y =—-48x+10
- b€ chttng minh ho d6 thi (Cm) c6 ba diém c6 dinh ta can chirng minh (*) c6 ba
nghiém phén biét hay can chiing minh d6 thi ham s8 f(x)=x’—6x*-12x+7 c6 hai
gia tri cyec tri trai dau.
x=2+22

x=2-22

Ta c6: f'(x)=3x" -12x-12; f'(x) =0 < [ =Ham s6 f(x) dat cyc tri tai

x=2+22;x=2-2/2.
Vi f(2+242).£(2-212) =959 <0= Phuong trinh (*) Iuon ¢6 ba nghiém phan biét.

Vay ho d6 thi (C m) ludn di qua ba diém c6 dinh va ba diém d6 cung thudéc duong
thang d:y = —48x+10.
Chon A.

-Tacd: y=(m+1)x’ —2m+1)x-m+1 (2 =2x=1)m+(x* —x+1-y)=0
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- Toa @0 diém cO dinh cua ho d6 thi (C ) la nghiém ctia hé:

m

1+x/§
x:
2
1-5
X=——

2
x=-1

{x?’—Zx—le {x3—2x—120
= =

X’ —x+1-y=0 |y=x+2

;=x+2
Vay ho do6 thi (Cm) ludn di qua ba diém c6 dinh va ba diém dé cung thudc duong

thang d:y=x+2
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