TRUONG THPT HAI BA TRUNG DE CUONG ON TAP HKIl NAM HOC 2018
TO TOAN MON TOAN — KHOI 11
XA
Ho va tén: PHAN PHUOC BAO; Truong: HAI BA TRUNG; Lép: 11
A. N¢i dung

I. Giai tich: Tir §1 chuong IV. Gidi han dén §5 chuong V. Pao ham.
II. Hinh hoc: Tir §1 dén §5 chuong III. Vecto trong khong gian. Quan hé vudng goc.
B. Mt s bai tap tham khio
Xem lai cdc bai tap trong SGK vd’SBT Pai s’o”’ & Giai tich, Hinh hoc 11 co ban.
@ CHU BE I. GIOI HAN
Cau 1. Diy sb nao sau day c6 gidi han bang 0 ?

. n n 3_
A.unz—2 . B.un=§ . C.un:n 3”. D.u,=n"-4n.
3 5 n+l
lim|un| ) i
Loi gidi: Vi = limu,|=0=limu, =0
u,| <l
Cau 2. Phat biéu nio trong cac phat biéu sau 1a sai?
A. limg" =0 (|q| >1). B. limc=c. C. limik=0 (k>l). D. liml=0.
n n
Loi giai:
Theo dinh Iy limg" =0 khi (|¢|<1).
3_
Ciu3. Tinhgi6i han lim—t 22
3n"+n-2
A. —oo. B. % C. +o. D. 0.
Loi giai:
2
3 1-—
lim=""2" _fimp— "
3n"+n-2 3 1 2
too
n o n
limn. =400
1 2
Ty luin : o 1
im—"5-=3
34+ ——— 3
n on
: -2
. n =2n . n’
= im-————=limn——/—"——F =+
3n"+n-2 3 1 2
to- g
n o n
3
R x —=2x +=10'°
MTCT: NHAP — AE =T 5 x40
3x"+x-2
2.3 2
: —n+l A .
Ciud. Cho lim<” ;LSn "t b C6 bao nhidu gid tri @ nguyén duong dé b €[0;4]?
4n” —bn+a
A. 0. B. 4. C. 16. D. 2.
a’n’ +5n* —n+1 _a2

Loi gidi: lim 76[0;4]©0<a£4,aeZ:>a={l;2;3;4}

4n* —bn+a

-2019
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Cau 5.

Cau 6.

Cau 7.

Cau 8.

C6 bao nhiéu gia tri nguyén cia tham sé @ thude (-10;10) dé nm[Sn -3(a* - 2)n3] =—0?

A. 16. B. 3. C.5. D. 10.

Loi giai:
a>2

a<—2

lirn[Sn—3(a2 —2)113]=—oo:>lim—3(a2 —2)113 =—0=a"-2>0=>

do ae(-10;10),a e Z= ae{-9;-8;..;-2;2;3;...;8;9}

2 5.3
Tinh gi6i han [ =lim 2% 2" *1
3n” +2n" +1
A.Z. B. _2_ C.0. D. 1.
3 3
Loi giai:
5 3 n z—2+i3
. In”=2n"+1 . n n 2
I =lim—; ——=lim =——
3’ +2n° +1 3( 2 1) 3
n3+—+—
non
2 A3 Y _
MTCT: NHAP 25 —2X *1 cu® | 4 556 =2
3x” +2x" +1 3
3 2
Biét im 2" =% _ L \4i 4 1a tham s6. Tinh a —a®.
an’ +2
A, -12. B. 2. C.0. D. -6.
Loi giai:
s, n’ 2+l—i3
, 1. 2n+n" -4 . n on 2 1
Ta c6 lim————=1lim =—=—=a=4
an” +2 3( 2) a 2
nla+=
n
Viy a—a’ =4-4>=-12
2_
Cho hai s6 thuc ;b théa man lim 3an 5+23n ;=-1.Tinh §=a-b.
Sn”—4+2n" +bn
A. S=5. B. §=-3. C. §=3. D. §=-5.
Loi giai:
Do tir c6 bac 2 nén gidi han da cho vé 1 s6 khac khong khi tir va mau cung bac
Suyra b=-5
2_
Tirdo im @274 1 a= 2
—442n 2

Viy S=a—b=-2—(-5)=3
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1,1

Cau9. Cho daysé (u,) v6i u, =—+-—+...+ . Tinh limu, .
1.3 35 (2n—l)(2n+l)
A 0. B. L. c.l. D. 1
2 4
Loi giai:
Ty luin:

11 1 1( 111 1 1 j 1( 1
U, =—+—+..+ =—|l——=+——=+..+ - =—|1-
13 35 7 (2n-1)(2n+1) 20 3 3 5 7 201 2n+1) 20 2n+l

lim unzliml 1- ! :l
2 2n+1) 2

MTCT CASIO — 580 : BAm nhu sau

J

FAXEOOOAXNEOONMOREEBOO®SN@®@O000E

HIEN THI

Vo @ A

—
[

L

;,;:1[ {(2x-1 )1(2x+1 ]
0

KET QUA z%

Cau 10. C6 bao nhiéu gia tri nguyén 16n hon —10 ciia tham s m dé lim(\/4n2 +3 —mn —5) = +00?

A.9. B. 10. C. 11. D. 12.
Loi giai:

tim (4n® +3 = mn - 5 = lim n{ 4+i2 m—iJ—wo:Z m<0

DomeZ,~10<m<2=me{-9;-8;..;1} ¢6 11 gi tri m.

n n+l
Céu 11. C6 bao nhiéu gid tri nguyén ciia tham sé a thudc khoang (0;2018) dé c6 lim, / 59n +;+a < 21187 ?
+
A. 2011. B. 2016. C. 2019. D. 2009.
Loi gidi:
Bude 1: Dung MTCT CASIO -580 str dung cong cu FACT
DOEEDEEE .
2187 ‘
Xuit hién ¢ man hinh MTCT 37
n n+l
Bue 2: lim |~ >~
n + 9n+ﬂ
Do a thuge khoang (0;2018)nén a € {7;8;...;2017} c6 2011 gia tri a nguyén thoa man.
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Cau 12. Tinh gidi han lim{(l—z—lzj (1—%)(1—%)} .

A. 1. B

e
o | W

l
L
Loi giai:
Ty luin: nhé lai hang dang thirc va ap dung
a’ b =(a—b)(a+b)

R & A )
ot 2 ) -2

MTCT CASIO - 580

) HEHEHORE®®R2I® 000 E

Xuét hién & man hinh két qua

Vo [ A
100 1
11 [1——2]
Ry & 101

KET QUA z%

Cau 13. Tinh tong tit ca cac gia tri thuc ctia tham sé a dé lim(\/n2 +a’n —\/n2 + (a +2)n + 1) =2.

A. -1. B. -5 C. 1. D.5.
Loi giai:

n*+a’n—n’—(a+2)n-1

Jn? +atn Jr\/n2 +(a+2)n+1 -
n(az—a—2—1J 5
n _a —a-2

a a+2 1 2
I+—+, 1+ +—
n n n

= S, =1(theo Viet)

lim(\/n2 +a’n —\/n2 +(a+2)n+1) =lim

=2 at-a-6=0

lim
n
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n-1
Céu 14. Tinh tong S—l—l+l— ! +..+ L +..voi neN".
3 9 27 3
3 3
A. S=1. B. S=—. C. S =+o. D. S=—.
4 2
Loi giai:
Ty luidn
Nhic lai tong cia 1 cap s6 nhan Iui vo han Sn=1ul
-9
n—1
S:1_1+l_i+ +(_lj 2
39 27 3 4

MTCT CASIO -580VN

s

FAXOEEHOOEEHNEEIE®D@MN0OOE

Xuét hién & man hinh két qua

RN

Cau 15. Giasutacod lim f(x)=a va lim g(x)=5b. Trong cic ménh dé sau, ménh dé nao sai?
A. 11m[f )]:ab. B. hm[f x)]za—b.
: f(x) a
C. lim ——==—. D. lim f x)|=a+b.
X—>+0 g(x) b Y_H,w[ ):|
LMgmn1mp192=f~ﬁcéuélmlg@j=b=o
X—>+00 g(x) X—>+00
Cau 16. Cho céc giéi han lim f(x)=2; lim g(x)=3. Tinh gi6i han lim [3f x (x)] :
A.S. B. 2. C. -6. D. 3.
Loi giai:
lim[31(x)-4g(x)]=32-43=-6
A 2x-3
Cau 17. Tinh gidi han lim
e |23y
A. z B. 2 C. 3 D. -3.
3 3
Loi giai:
2x-3 x(2_3j 2
Ty ludn lim T lim—— ==
voim | —3x  xoke (1 j 3
x| —=3
x
MTCT CASIO -580VN
2x-3 Cale x=10" __2
1-3x T3

BxEHE@OE

két qua xuat hién & man hinh MTCT

BN 0xE0EE
2x—é@ m *
1-3x

-0. 6666666666
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X—>—00

Cau 18. Cho lim (\/x2 +ax+5+ x) =35 thi ¢ 1a 1 nghiém cta phuong trinh nao trong cac phuong trinh sau?

A. x*=11x+10=0. B. x’-5x+6=0. C. x*—8x+15=0. D.x*+9x-10=0.
Loi giai:

5
5 5 x|l a+—
. 3 . X 4+ax+5-x . X
lim (Vx” +ax+5+x)=lim = lim

o e rax+5-x O a 5

x| 1+ =+ —x

X X
x| a+—
X a

lim = lim =—=5=4a=-10

X—>—00 5 X—>—0 -2
—x‘/1+g+—2—x —x[ /1+a+52+1j
X X X X

. (thoa
B (thoa)

Ma D. x2+9x—10=0:{x
X

Cau 19. Tinh gi6i han 7 = lim (\/x2 L axtl +x).

X—>—00

A= B.=—4. C.l=1. D.I=-1.
Loi giai:
4+1
2 2 —
Ty ludn: I=lim(\/x2+4x+l+x)=lim AT i X _

X——0 2 X—>—00
VX +4x+1-x _ ,l+i+i2—l
X X

MTCT CASIO -580VN

2 Calc x=—10"
Vx +4x+1+x >—2
wEEIEFHBOEBHOEHFIEHD OO0 EE

két qua man hinh xuat hién

4x2+2;1+1 +x ’
-2
Cau20. Cho fim? )10 _5 o gidi han lim /(x)-10 .
=1 x—1 21 (\/5—1)( 4f(x)+9+3)
Al B.2. C. 10. D.%.

Loi giai:
Binh luan: khi gidi dang nay ta luon doi chiéu véi dinh nghia dao ham

limM —5= 1imM

ol x— T X —X, - f'(xo)'
7(1)=10
:[f'm):s
- 7(x)-10 o S(x)-10 (Vx+1) 1+1

H‘(\/;—l)(\/WJr.%) >l x—1 '(\/W+3):5\/4.10+9+3:1
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Cau 21.

Cau 22.

Cau 23.

Tinh gi6i han lim (3x +5x" —9v/2x —2017) .

x>0
A. —©. B. 3. C. 3. D. +o0.

Loi giai:

Binh luan: cac gi6i han khi x tién vé + vé ciing (hodc — vo cing) ta chi quan tam dén bac 1on nhat
cta x

lim (3x3 +5x7 —9\/§x—2017)= lim x’ 3+§—¥—&}7 =—0
X—>—o0 X—>—00 X X X
2_
Cho hai sb thuc a va b thoa min lim [%—ax—bj =0.Tinh a+2b.
X—>+00 x+
A. 4. B. -5. C. 4. D. 3.
Loi giai:
Ty luin:
7
4x* -3x+1 5 5
—=2x——+
2x+1 2 2x+1
7
) L
fim [ 22 b = tim || 2022 |~ (ax+b)| =0
x>+ 2x+1 x—>-+0 2 2x+1
7 5 a=2
vi lim =0 nén 2x——=ax+b= 5
x40 Dy +] 2 b:_E

Vay a+2b= 2+2.(——j =-3

* MTCT CASIO -580VN ( sau khi thi xong va hé sé luyén tip MTCT thém)
dung thi thuit Calc 100 (Iiy 2 chir s6)
ta ¢6 97,5 > 50 ta ldy 97,5 - 100 = 2,5 sau d6 lam tron hang tiép theo 1én 1 don vi :

tec1+1=2<50.ta co 2x—§

2_
A 30t e o Lyg75 0y

2x+1 2
Tinh giéi han lim S~ .

x=2" x—=2

A. —0. B. 2 C. +oo. D.%.
Loi giai:
lim(3+2x)=7, lim(x-2)=0, x>2 ©x<2=x-2<0
x—2" x—2"

. 3+2x
= lim =—

=2 x—=2

MTCT CASIO -580VN

342X Catex=19999
x=2

> —00
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Chau 24. Biét lim( - L, - : j1am@tphansétéigian3(b>0).Tinh S=6a’-b.
=2\ 3x" —4x-4 x"—-12x+20 b
A. S=-10. B. §=10. C. §=32. D. S=21.
Loi giai:
Ty luidn

I I I I
l ~li
xlirzl(3x2 “4x4 2 —12x+20j xlfz{(x—z)(3x+2) " —2)(x-10)

im 1 3x+2+x-10 im 4(x—2)
x—2 (x 2) (3x+2)(x—10) x—=2 (x—2)(3x+2)(x—10)
— lim 4 __ 4 _-l_a
2(3x+2)(x-10) 8.(-8) 16 b

b>0<=b=16; a=—-
S=6a’~b=6.(-1) -16=-10
MTCT CASIO -580VN

BUCECANEBEHEAXEHEAGHEBO®OHR =0 @ EF H (2] 0
man hinh xuat hién

- 1 _|_ 1
c—dx—4 x “—12x+200

Vi [ A

ipuc D HNEDEABEE T

[=
2 e 2_ )
man hinh xuét hién 3x —dx—4 x°—12x+2
-0. 06250156256
B0 EREE 3 .

—0. 0625

A > _1 ].
ket qua = —0, 0625 > E ﬁ
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Cau2s. Biét lim (V4x’=3v+1—(ar+b))=0. Tinh a—4b.

X—>+00

A. 3. B.5. C. -1. D. 2.

Loi gidi:
Ty luidn
cach 1:

lim (V4x* =3x+1-(ar+b))=0=a>0

X—>+00

.y

X—>+00

-+ —+a+-—

khi bac tir < bic miu
a=2
4-a*>=0 -
tl’l’clz‘l{ 4 = 3:>a—4b=2—4.73=5

3-2ab=0 b=——
4

/(%)

n

a = lim

X—>+0© X

cach 2 : bikip lim [f(x)—(a.x” +bx"! +)] =| b= lim [f(x)—ax”}

X—>+00 X—>+00

2_
a_hm—“x?’x“_z

X—>+0

2 _ _ 2 _ _
= lim (\/4x —3x+1 2x) = lim A —3x+1-dx = 3 :—3
e e (\/4x2 “3xl +2x) 2+2 4

MTCT CASIO -580VN

--@-.E]@.-II]G)-WE]@EE]@E]@

Vax? =3x+1 ale x=101 7 B
Cale X0 5 -2 [ax?—3x+1
X X

2

EEX@EEEEFHOEHAXWWHDOEETOO0EE

_3 VB [ i
Vax? —3x+1—2xCde x=10 o x=10° 4 {4x? —3x+1 —2x

1
N

4x* =3x+1—(ax+b)’ 2 —axX -
lim (V4x* =3x+1-(@r+b)) = lim ———= (@0 +0) _ j $—3x+1-a's ~2aby

’“"*w\/4x2—3x+1+(ax+b) X x[ 4 3 1
2
\  x x

b

X

|

=0
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V= x —4x7 +1

Cau 26. Tinh giéi han lim

X0 2x+3
1 1
A, ——. B. +w. C. —«©. D. —.
2 2
Loi giai:
Ty luidn

R e C LR |x|[\/ \/4+j [\/I_ \/4+j -(1-2) 1
x>0 2x+3 (2+xj e (“xj > >

MTCT CASIO -580VN
\/xz —X _\/4x2 +1 Cale x=-10'° l
2x+3 ~

.B.@B.@...@@@..@ﬂ@@@ﬂ@@

¥or [{
dxf = —| 4x?+1
2%+3

xuit hi¢n 0. 5000000001

2
Ciu 27. Cho lim &YX F1+2017 1. lim(\/x2+bx+l—x):2.Tinh P=4a+bh.

> x+2018 27 worren

A. P=3. B. P=-1. C.P=2. D. P=1.
Loi giai:
1 1
(= alx|,[1+ = +2017 a(-x) /1+—2+2017
111’1’1 a\N X +1+2017 _ hm X _ hm X
o x+2018 o0 x+2018 x>0 x+2018
[1 2017
x| —a,l+— +
= lim ¥ YY) e 1 1
i x(1+2018j 1 2 2
X
2 4bx+1 x(b+lj
lim(\/x2+bx+l—x)=limx xtlox al ==2=b=4

“‘"*”\/x2+bx+l+x X b 1
I+—+— +1
x X

P=4a+b=4(—%)+4=2

Trudng THPT Hai Ba Trung — Hué Trang 10/81



(2x2 —1)(mx+3)

Chu 28. Gié tri clia s thyc m sao cho lim ~—— =6 la
xove xt +4x+7
A.m=-3. B. m=3. C.m=2. D. m=-2.
Loi giai:
Ty luidn
(2x2_1)(mx+3) x2(2—12jx(m+3j
lim ~—— = lim al X2 6mm=3
e X 4Ax+T o x3(1+42+73 1
X X

* MTCT CASIO -580VN
ginm=Y
thir dap an A ta co

EalmlE]IIIII[:]E:]IIIIIIIIIIIIIIEIEDIIPC)III@H[:NC)HH[:NHIl!li'@ﬂl

OO0 EEEEE
Vo © i
(2x°—1) (yx+3)
x+Ax+7
-5. 999999999
thir dap an B ta co
BURAXEEONMAENEBEOOHEBI® #H (@[]
D0@EDUEREE . ‘
(2x°—1) (yx+3)
x+Ax+7

6. 000000001

Cau29. Cho hamsd y= f(x) xéc dinh trén R\{£1} c6 d6 thi nhu hinh v&. Khing dinh nao ding?

y

0 X
X = —1 x=1
A. lim £ (x) = +oo; li(m) f(x)=+o. B. lim f(x) =+o0; li(m) f(x)=—o0.
x—1* x—(-1)" x—1* x—(-1)"
C. lim 1 (x)=+o0; li(m) f(x)=+00. D. lim f (x)=—o0; li(m) f(x)=-m.
x—1" x—(-1)" =1 x=>(-1)
Loi giai:

Binh luian

Khi gip dang do thi can nhé :

khi x tir phia 16n hon vé vi tri khong xac dinh (ki hiéu 13 +) nhanh d6 thi hudng 1én 1a + v cing
khi x tir phia nho hon vé vi tri khéng xac dinh (ki hiéu 14 -) nhanh d6 thi huéng xubng 1a - v6 cling

Trudng THPT Hai Ba Trung — Hué Trang 11/81



V3x+1 4

Cau 30. Tinh gi6éi han Iim—F——
8 =5 3 _\x+4
A. —%. B. 3. C. -18.

Loi gidi: tw ludn dang v6 dinh %

x/3x+ -4

nhan lién hgp khir vo dinh

=lim
A—)S 3_ /)C+4 x5 (3_ /)C+4

3+

(3+Jx+4) (\/3x+1 4)( 3x+1+4)
) (3+Jx+4)(J3x+1+4)

_ i 34116 (3+m)_hm (
H59x4(m+4) x5 — (

MTCT CASIO -580VN

-.@.-®®E]@®@E].--@m@l3@@@@@@@

V3x+1-4 -
cach 1: dung Cale 3x Cale x=4,999%9 >—2
3-Vx+4 4
Vo [
xuatlnen 43x+1 -4
3—dx+4
-2. 25000043

saudo N (ER2IHERIEE

cach 2: dung cong cu dao ham

Be@EEEEBOH®EE®E

@AEGCEHWEEBHE®®(E

'-vr?h’mﬂnl LI § x r ‘
dx | x=5

d
B L),
-2.25

1
o

Vo' @

d =~
qzC (3x+1 4)|x=5|

O

Vo [

a b
L ({3xA1 1),

d (3
Gz (3 '»."x+f-1)|x=5

Trudng THPT Hai Ba Trung — Hué

Trang 12/81



Cau 31.

Cau 32.

Tinh gi6i han 7 =lim =X “xl”’ .
x—> X =

A1=L B. -2 cr=2 D.1=3.
8 2 8 4
Loi gidi: dang v6 dinh %
tu ludn nhan lién hop khir vo dinh
I:Iimzx_m:hm(zx_m) (2x+m)=hm 4x" —x-3
o=l o (=) () (2 x3) T (x=1) (e 1) (204 x +3)
. (x—1)(4x+3) . (4x+3) _7
Pt pare

(x=1)(x+1)(2x+x+3) 1 (x+1)(2x+4x+3) 8

MTCT CASIO -580VN twong tw ciu 30 ( bAm tai 16p dé rén luyén va hoc héi)

L. . RAx+T —NxP+x+2
Tinh gidi han hn} " .
X—> X —

! B. +o C. —E D. —z.

12 2 3
Loi gidi: dang v6 dinh %

tu ludn nhin lién hop khir vo dinh

x>1=2Yx+7 52, Vx*+x+2 52
T e R e) _hm{%/xw —2 ¥ +x+2—2}
-1

x—1

x>l X x—1 x—1

) x+7-8 X +x+2-4
=1lim -

! (x—l)[3(x+7)2+23/m+4} (x—l)(\/erz)

Clim x—1 ~ (x—l)(x+2)

! (x—l)[3 (x+7) +2M+4} (x—l)(Vx2 +x+2+2)

—lim 1  (xt2)
. [3(x+7)2+2\3/x+7+4} (x/x2+x+2+2)
L. 3_ 2

12 4 3

MTCT CASIO -580VN twong tw ciu 30 ( bAm tai 16p dé rén luyén va hoc héi)
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2
—(a+1)x+
Céu 33. Tinh gi6i han lim - (f )f ‘.
xX—>a x —_ a
iy B. 4. c. &1 a1
3a 3a 3a

Loi gidi: dang v6 dinh %

tw luin }Cl_IBx —E;zii);ﬁa =lim (x_(;c)_(zz)ixx;?az) =lim (¥ ixx;?az) B 2;21

MTCT CASIO -580VN twong tu ciu 30 ( bim tai 16p dé rén luyén va hoc héi)
gan a=3 ( vimau co két qua bdi 3 )

Cau 34. Cho hamsé y = f(x) lién tuc trén (a;b). Diéu kién can va di dé ham sé lién tyc trén [a;5] 1
A. lim f(x)=f(a) va hmf() b). B. lim f(x)=f(a) va llg}f(x)=f(b).

Jim 7
C. lim f(x)=f(a) va lim f(x)= f(b). D.){li_gf(x)=f(a) Vé}i_g}f(x)=f(b).

x—a* x—>b~
Loi giai:
dinh Iy sgk
¥ +x-12 .
A . Z 21 A z —— — khixx-4 n .42
Cau 35. Tim tham soO thuc m dé€ ham so yzf(x) = x+4 lién tuc tai diém x, = —4.
mx+1 khix =—-4
A.m=4. B. m=3. C.m=2. D. m=5.
Loi giai:
Dé ham s6 y = f(x) lién tyc tai diém x, =—4 thi
24 x—12 +4)(x-3
lim f(x):f(4)c> lim$=—4m+lc> limM:—4m+l
x4 =4 x+4 x4 x+4
S-T=-4dm+1=>m=2
2
A , o 7 , @ —@ZDX=2 ,
Cau 36. Co tat ca bao nhiéu gia tri cia a d€ hamso f(x) = Nx+3-2 lién tyc tai x =17
8+a’ khix=1
A. 1. B. 0. C. 3. D. 2.

Loi giai:
dé ham s6 f(x) lién tuc tai x =1thi

ax’ —(a—2)x-2 , (x—l)(ax+2)(\/x+3 +2) ,
limf(x)zf(l)@lim =8+a” & lim =8+a
x—1 x—1 Jx+3-=-2 x—1 x+3—-4

a=0
c>(a+2).4=8+a2:>a2—4a=0:>{
a=
Vay c6 2 gia trij a.
Cau 37. Ham s0 nao trong cac ham so dudi day khong lién tuc trén R ?
A. y=|x|. B. y:L. C. y=sinx. D. y=22c—1'
x+1 x +1
Loi giai:

bi kip: Cac ham s6 khéng lién tuc trén R 1a cac ham phan thirc véi mau bang 0 c6 nghiém
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(mx+n)2 khi x>1
2mnx+3 khi x<1
A. 1. B. 2. C. 3. D. 4.
Loi giai:

Pé hamsd f (x) lién tyc trén R thi

Cau 38. Cho hamsé f'(x) :{ lién tyc trén R . Tinh m? + n?.

. . . 2 . 2
}gll}f(x)zll_{{;f(x)@}gll}(mxvtn) =lim (2mnx+3) < (m+n)” =2mn+3

x—>1

S m+2mn+n* =2mn+3=>m* +n* =3.

X’ +ax+b )
n ) . X P z —— khi x=#1_.. R i
Cau 39. Goi a,b 1a haiso thyc dé ham s6 f(x)= x—1 lién tuc trén R . Tinh a—b.
2ax—1 khi x=1
A. 0. B. -1. C. -5. D. 7.
Loi giai:
Déhamsé f(x) lién tuc trén R thi
. . X +ax+b
lrlil'llf(X) =f(1)<:> 1}§T=2ax—l

suy ra x = 1 1a nghiém ctia tir x> +ax+b—=250=>1+a+b = 0nghiém con lai 12 x = b (dl Viet)

2 1\ x—
A lxiil}f(x):f(l)caig}%ﬁw:M—l@gE}W:M—l
vy {l+a+b=0 {a=3
= = =a-b=7
1-b=2a-1" |b=-4

bi kip: MTCT 580 VN 3
doi véi phan thue ta lay dao ham tur tai x =1 va chia cho dao ham mau tai x=1,
con da thtre thay x =1.

luu ¥ ham phan thirc ¢6 tir va mau chung 1 nghiém (dang % )

(x2 +ax+b)

=1
X :2+a:2+a:2a—1:>a=3

(x—l) x=1

l+a+b=0=>b=-+4
a-b=17

CAu 40. Cho ham s f(x) xac dinh trén [a;b]. Tim ménh dé dung.
A.Néuhamsé f(x) lién tuc trén [a;6] va f(a)f(b)>0 thi phuong trinh £ (x)=0 khong c6
nghi¢m trong khoang (a;b) .
B.Néu f(a)f(b)<O0 thi phuong trinh f(x)=0 cé it nhit mdt nghiém trong khoang (a;b).
C.Néuhamsé f(x) lién tuc, ting trén [a;b] va f(a)f(b)> 0 thi phuong trinh f(x)=0 khong
c6 nghiém trong khoang (a;b).
D. Néu phuong trinh f(x)=0 c6 nghiém trong khoang (a;b) thi ham s6 f(x) lién tuc trén (a;b).
Loi giai:
dinh Iy sgk
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Cau 41. Phuong trinh nao dudi day c6 nghiém trong khoang (0;1)
A. 2x* -3x+4=0. B. (x—l)5 ~x'=2=0.C.3x"-4x*+5=0. D.3x"7 -8x+4=0.
Loi giai:
thay x=0,x=1 vao cac dap an A,B,C,D.
biéu thirc nao cho két qua trai ddu ( 1 két qua am va 1 két qua duong) do 1a dép an.

Céu 42. Cho phuong trinh 2x* —5x” + x+1=0(1). Khing dinh nao sau day la ding?
A. (1) 6 nghiém trong khoang (-1;1). B. (1) chi c6 mot nghiém trong khoang (—2;1).
C. (1) c6 it nhat hai nghiém trong (1;2). D. (1) khong c6 nghiém trong khoang (-2;0).
Loi gidi: dung cong cu Table
MTCT CASIO -580VN la Mode 8
kiém tra cac ving déi diu
Ty luidn
bat f(x) =2x*-5x" +x+1
f(-1)=-171(0)=1
£(-1)/(0)<0=3x,e(-10), f(x,)=0
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Cau 43. Cho phuong trinh (m’+3)(x-1)(x’ —4)-x"+3=0 (1), véi m la tham sé. Khang dinh nao sau
day vé phuong trinh (1) 1a khing dinh ding?

A. (1) c6 dung 4 nghiém phan biét. B. (1) v6 nghiém.
C. (1) coit nhit 2 nghiém phan biét. D. (1) c6 dung mot nghiém.
Loi giai:
Bi Kip: ) )
chon céac gié tri x sao cho bi€u thuc khong con phu thuoc m ( hoac bicu thirc c6 m xac dinh 1 loaik
dau)
(m*+3)(x-1)(x* —4)—%5>0
chflng han x=1->P=2
P=-x'+3|x=2—>P=-5
x=-2->P=11
! s6 nghiém ciia 1 phuwong trinh nhé hon hoic bing béc ciia phwong trinh
Ty luidn
bat f(x) = (m2 +3)(x—l)(x2 —4)—)63 +3
ta co
lim f(x)= lim | (m*+3)(x=1)(x* =4) =2’ +3 | = lim x*| (m’ +3)(1—1J(1—izj—1+i
X—>—0 X——0 X——0 X x x3
= lim x* (m* +3-1)=—0<0
f(-2)=11>0
f(2)=-5<0
lim f(x) = lim | (m*+3)(x=1)(x* =4) =2’ +3 | = lim x°| (m’ +3)(1—1J(1—izj—1+i
X—>+0 X——0 X—+0 X x x3
= lim x* (m* +3-1) =+00>0
Vay phuong trinh da cho c6 3 nghié¢m.
MTCT CASIO -580VN .
gia tri cuc dai . gia tri cwe tiéu > 0 thi pt c6 1 nghiém
gia tri cuc dai . gia tri cwe tiéu = 0 thi pt c6 2 nghiém
gia tri cuc dai . gia tri cwe tiéu < 0 thi pt c6 3 nghiém
cho m=y=1, x=100
V& B v Vo @ "
(¥2+3) (x-1)(x*-4) (»2+3) (x-1)(x*-4)
y =1 két qua 2958419
dung Calc 100 suy raf(x) =3x’ —4x" —16x+19 i i
Mode 9 chon 2 chgn 3 nhap ><3‘ 2= 16x
sau d6 bam = lién tiép 19
VBl | L& va B I i A

Cuc dai cua Cuyc ti&u_cua

y=ax3+bx=+cx+d v=ax3+bx2+cx+d

¥= V=

28. 01940496 -5.295125124

két luan: 3 nghiém. hihi. loi hai qua
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Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Tim tat ca cac gid tri thyc cia m dé phuong trinh m()c2019 - 1) (x - 2)2020 +2x—-3=0 vo6 nghiém.
A. m=1 B. VmeR C. m=0 D. Khong c6 gia tri m
Loi giai:

Bi kip : pt bac 1é luon cé nghi¢m

m(x* =1)(x=2)"" +2x-3=0 bac 4039 nén luén c6 nghi¢m.

Ty luidn

Dit f(x)=m(x"" -1)(x-2)"" +2x-3

taco f(1)=-1<0,7(2)=1>0,7(1).f(2)<0=3x, (1;2), f(x,) =0.

Vay pt ludén c6 nghiém.

@. CHU BE 2. DAO HAM
Cho y=x*+1.Goi Ax 1asd gia cia ddisé tai x va Ay 1a sb gia twong tng clia ham s, tinh =4

A 3x7 =3xAx+Ax’ .  B.3x*+3xAx+Ax’. C.3x*+3xAx—Ax*. D. 3x* +3x.Ax+Ax’.
Loi giai:
Ay flx+Ax)—f(x) (x+Ax) +1=(x"+1)  Ax(3x” +3xAv+Ax’)

= = = =3x” +3xAx + Ax’
Ax Ax Ax Ax
S gia A, cia ham sO y=x"+2x—5 tai diém x, =1 1a
A (A,) +2A,-5.  B.(A) -24A.. C.(A) -4A,. D. (A,) +4A,.
Loi giai:

A, =1 (A +1)=f(1)=(A,+1) +2(A, +1)-5- (1" +2.1-5) = (A, ) +4A,

Cho ham sé y = f(x) c6 dao ham thoa min f”(6)=2. Gi4 trj cua biéu thirc limM bang

x—>6 x—6
A. 12. B.2. C. l D. l
3 2
Loi gidi: theo dinh nghfa dao ham  lim S g() f'(6)=2.
x— X —
2
Cho ham sé yzf(x)z{x thox=lyenh dé sai 12
2x, x<l1.
A. f'(1)=2. B. /'(1) 2. C. f'(0)=2. D. f'(2)=4.
Loi giai:
X4l x>l Vo[22 x>l
y_f(x)_{bc, x<l.:>f(x)_{2, x<l.

f(1)=r1(1-)=2

nén ton tai dao ham tai x =1.
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ax’ +bx+1 khi x>0
ax—b-1 khi x<0
A.T=-4. B.7T=0. C.T=-6. D.T=4.

Loi giai:
ax’ +bx+1 khi x>0
f(x)= .
ax—b-1 khi x<0

lim £ (x)=lim f(x)=f(0)=>1=-b-1=b=-2

x—0" x—0"
f(x):{ax2+bx+l khl xZOjf(x):{%zx +b khl x<0
ax—b—1 khi x<0 a khi x<0
S(07)=s"(07)=a=b
a=b=-2
T=a+2b=-6
Céau 50. Pao ham ctia ham sé y =2x° —4x* —x
A. y'=10x* -3x>-2x. B. y'=5x" -12x* —2x .C. y'=10x* +12x* —2x .D. y'=10x" —12x* —2x.
Loi giai:
y=2x —4x’ —x* = y'=10x" —12x* - 2x

CAu 49. Cho ham s f(x) ={ . Biét f(x) codaohamtai x=0.Tinh T =a+2b.

*1a

Céu 51. Cho ham s f(x)zzx_ll xéc dinh trén R\ {1} . Dao ham ctia ham sé f(x) 1
X+
A f()=— . B f(a)=—. C () =— . Dl f(a) =
(x+l) (x+l) (x+l) (x+1)
Loi giai: nhic lai cong thirc dao ham nhanh (ax+bj = ad—b02
cx+d (cx+d)
2x—1 , 3
X)= = f(x)=
f( ) x+1 f( ) (x+1)2
MTCT CASIO -580VN
d [ Zx-1 221 2
H[ x+1 ]lx=xx<x+1h *[ x+1 ]|x=x)({x+1)
va nhan véi binh phwrong miu
Vo' B A
ding Cale 100 két qua (2251 )|, x(x+1> vay tir=3.
3
2
Cau 52. Tinh dao ham ciia ham s6 y:w.
X +x+3
A2-—> . p%Y 2  p_x
X +x+3 (x2+x+3) (x2+x+3) X +x+3
Loi giai:
y_2x2+2x+3 . 6x+3

Frxi3 0 (xz +x+3)2

MTCT CASIO -580VN

d [ 2x2+2x+3 |r
E[ X’ +x+3 ]|xx X
tuong tu 602. 59989999
két qua Calc 100 1a : 603 suy ra tu = 6x+3
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Cau 53. Chohamsé f(x)=x(x-1)(x-2)(x-3)(x-4) . Tinh f7(0).

A. 42, B. 24 C. 24, D. 0.
Li gidi:
f'(o)=1imf(x)_f(0) iy XD =2)(x=3) (x=4) = (=1).(<2)...(—4) = 4!=24

dang nz‘l;_:%)ng qxu:ii? - g
f(x) :(x—O)(x—1)(x—2)(x—3)(x—4)...(x—n)
£'(0)=(-1)"n!

£'(1)=(-1)"n!

rng dung dao ham giii 2 ciu trong dé Trin Bién - PN

X

c IR e f(x)z(x—l)(x—z)...(x—2018) . Tinh 1(0) -
Loi giai:
x —
f'(0)=hmf(x)_f(0) — lim (x=1)(x—2)...(x—2018)
=0 x—-0 x—0 Y—0
1 1 |

=0 (x=1)(x=2)..(x—2018)  (=1).(~2)..(~2018) ~ 2018!

2018
Céu 40(TB-DN) Cho lim X% _ %. Tinh o® — b

X—)lx +x_

Dang % dung MTCT 580 VN nhu sau

EAEXFHRALDOEEHMEHR®OE

d Wo [ d Vo [ '
LS O =1 L I A (2018
ax (X HR-2) | ax (X HR-2)|

2019 a=2019

EAEEXKAOHNDOHEER®ME

V' @ 'y

N O =
ax (X Hx-2)|

2018 bh=2018

Suy ra: a’—b* =4037
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Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

2_ ’
Cho [2)6 3x+5j ( —hxte .Tinh S=a+b+c.

x-3 x—3)
A. S=0. B. S=12. C.S=-6. D. S=18.
Loi giai:
tu ludn
2_ — —
[2)6 3x+5j 2x* —12x+4 ax bx+c u=2.b=12.c=4.
3 (=3 (x-3)
MTCT CASIO 580VN
VB
d [Ex —3x+5]
dx |xx
18804

Calc 100 phan tich 1/88/04 thi tir = 2x* —12x+4=a=2,b=12,c=4
S=a+b+c=2+12+4=18

m&[}ixj=( ax—b thE:%

vax—-1 4x—1)\/4x—1
A. E=-1. B. E=-4. C.E=-2. D. E=4.
Loi giai:
i (3 2x)
[3—2xj_ Bt 2Jax—1 _—4(4x-1)-4(3-2x)  —8x-3
Vax-1 (4x-1) 2(4x-1)v4x-1  2(4x-1)v/4x-1
—4x-4 ax—b
= = =>a=-4,b=4
(4x—1)\/4x—1 (4x—1)\/4x—1
E=2-
b
Tinh dao ham cia ham sé y = (x—2)\/x2 +1.
A y,_2x2—2x—1 B y,_2x2+2x+1 C y,_2x2—2x+1 D y,_2x2—2x+1
Vx*+1 ' VX' +1 ' Vx' -1 ' VX' +1 '
Loi giai:
2_
y=()c—2)\/xz+1:>y'=M
) x+1
Ham s nao sau day khong c6 dao ham trén R ?
A. y=|x—1|. B. y=+x*—-4x+5. C. y=sinx. D. y=+2-cosx.
Loi giai:

cac ham gia tri tuyét doi khong c6 dao ham tai nghi¢ém cua no.

| 1| x—1 khix>1
=(x—1 =
Y 1—x khix<1

r(r)=ter(r)=-

; 3 ,
Tinh dao ham cua hams6 y = (x2 —x+1) tai diém x=-1.

A. 27. B. -27. C. 8l1. D. -81.
Loi giai:
2 Vi @ A
=3(x? et (20-1) 4 ((2mre1)?))
yv(_l):_gl dx r¥=-1
-81
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Céu 59. Cho ham sb f(x)=%x3 —(m-2)x*+x+2. Dé dao ham f'(x) bang binh phuong ciia mot nhi

thirc bac nhat thi gia tri m 1a
A. —1 hoac 1. B. 1 hodc 4. C. —4 hodc 4. D. Khong c6 gié tri ndo.
Loi giai:

f(x)z%x3—(m—2)x2+x+2
f(x)=mx’=2(m-2)x+1
Dé dao ham f'(x) bang binh phuong ctia mot nhj thirc bac nhat thi A =0

A:4(m—2)2—4m=0:{m:1
m=4

Céu 60. Tim tat ca cdc gid tri cia tham s6 m déhamsd y=x"—(m—1)x"+2x+m’ ¢6 y'20,VxeR.

A. [—1—2\/3;—1+2\/€]B. [1—2%;“2%] C. [—1—\/6;—1+\/€]D. [1—\/8;1+\/€]

Loi giai:
y=x —(m—l)x2 +2x+m’

y':3x2 —2(m—1)x+220,VxeR

>0 3>0
=" s , =m’-2m-5<0=1-J/6 <m<1+-6
A<0 " |4(m-1) -432<0

Céu 61. Cho hamsd f(x)= —%)f +4x> —7x—11. Tap nghiém clia bat phuong trinh f"(x)>0 1
A. [1;7]. B. (—oo;1]U[7;400).  C.[-7;-1]. D. [-1;7].
Loi giai:
f(x) = —%x3 +4x* —Tx—-11

f(x)=-x"+8x-7201<x<7

Cau 62. Cho ham sé f (x)=+-5x" +14x—9 . Tap hop céc gia trj cia x dé f'(x)<0 la

el R el )

Loi giai:
f(x)=+-5x"+14x-9,D = [l;%}

f'(x)= 10x+14 <0:>2>x>%

2-5x> +14x-9
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CAu 63. Biét ham sb f(x)=f(2x) co dao ham bang 18 tai x=1 va dao ham bang 1000 tai x =2 . Tinh dao
ham cta hamsé f(x)— f(4x) tai x=1.

A. 2018. B. 1982. C. -2018. D. 1018.
Loi giai:

[ £(x)-f(2x) ] = f'(x)-2/"(2x)

x=1=f'(1)-2/"(2)=18

x=2= f'(2)-2/"(4)=1000

= f'(1)-4/"(4)=2018
vay L ()= (42)]1= 1) =47 (4)
o x=1= f'(1)-41"'(4)=2018

Cau 64. Cho ham s f(x):x+2 va g(x):x2—2x+3.£)ao ham ctia ham s6 y=g(f(x)) tai x =1 bang

A. 4. B. 1. C.3. D.2.
Loi giai:
cach 1: y':[g(f(x)) ':f'(x).g'(f(x))
~ f(1)=3
flx)=r+2= f(x)=1-f(1)=1
g(x) ¥ -2x+3=>g' x):2x—2
g'(3)=4
Dao ham ciia ham s6 y =g (f(x)) tai x=1taco f'(1).g'(/(1))=f"(1)g'(3)=1.4=4
cach 2:

y=g(f(x))=r7(x)-2/(x)+3
:(x+2)2 —2(x+2)+3=x"+2x+3

Cau 65. Cho hamsb y= f(x) c6 dao ham véimoi xeR vathoa f(2x)=4cosx.f(x)—2x. Tinh £'(0).

Al B.%. C.2. D. 0.

Loi giai:

[f 2x] [4cosxf 2x]
< 2f"(2x) =—4sinxf (x)+4cosx.f'(x)-2
x=0=2/"(0)=0+41(0)-2=> f(0)=1
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4x

Cau 66. Hé s goc tiép tuyén cua dd thi ham sé y = tai diém c6 tung 46 y=—1 1
x_
A. -10. B.g. C. —é. D.é.
5 9 9
Loi giai:
_3T4x =—l=x=—
4 x—2
= (3—4)6), 5
x=2 (x—2)2
r 4 4 1
H¢ s0 goc tiép tuyén la y'(—} :;2 = 2
3 (1 j 5
—=2
3
Cau 67. Cho dudng cong (C) c6 phuong trinh y =x—_1. Goi M 1a giao diém cua (C) véi truc tung. Tiép
X+
tuyén ctia (C) tai M c6 phuong trinh la
A. y=-2x-1. B. y=2x+1. C.y=2x-1. D.y=x-2.
Loi giai:
M 1a giao diém cua (C) y =x_—1 vo6i truc tung nén x,, =0,y,, =-1
X+
y'= ( 2 )2 = »'(0)=2. Tiép tuyéncta (C) tai M c6 phuong trinh lay =2x-1
x+1
Cau 68. Phuong trinh cac tiép tuyén ciia dd thi ham s y = x* —3x* +1 tai cdc diém co tung d6 bang 5 la
A. y=20x-35. B. y=-20x-35 va y=20x+35.
C. y=20x-35 va y=-20x-35. D. y=-20x+35.
Loi giai:
y=x'-3x"+1=5=x"-3x-4=0=>x=%2
y'=4x’ —6x
Phuong trinh céc tiép tuyén 1a y =20x—35 va y=-20x—-35.
Cau 69. Cho ham sé y = x*—6x* —3. Tiép tuyén cta do thi ham sb tai diém A4 c6 hoanh do x =1 cat dd thi
ham s tai diém B (B khac A4). Toa do diém B 1a
A. B(-3;24). B. B(-1;-8). C. B(3;24). D. B(0;-3).
Loi giai:
y=x"-6x*-3
y'=4x’ —12x

Tiép tuyén cta do thi ham s6 tai diém 4 ¢6 hoanh @6 x=1 1a
y= y'(l)(x—l)+y(l) = —8(x—l)+(—8) =—8x
phuong trinh hoanh d6 giao diém —8x = x* —6x* =3 < x* —6x? +8x-3=0

Phwong trinh At O e
da thitc bac? - AV L
el + O+ 0
MTCT CASIO -580VN Chon 2~4 chon 4 0
VT B i L VT B i &
ax*+bx3+-+-+e=0 ax*+bx3+-+-+e=0
Xi1= Xa==
nhip hé s6 ta cé 1 -3
Toa do diem B 1a B(-3;24)
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Cau 70.

Cau 71.

Cau 72.

Cho ham s6 y =cosx+msin2x(C) (m la tham sb). Tim tat ca cdc gid tri m d€ tiép tuyén ciia (C)
. 4.2 , . ~ T < \
tai diém c6 hoanh d§ x=r7, x = 3 song song hodc trung nhau.

\/5 & C.m=\/§.

A.m=——. B. m=-

D. m=-23.
6 3 m=-2{3

Loi giai:
y'=(cosx+msin2x )' = —sinx + 2m.cos2x

2L z , . 4eR , \ ~ T o \ N
Dé ti€p tuyén cua (C ) tai diém c6 hoanh d6 x=7, x= 3 song song hodc trung nhau thi

y'(ff)ﬂ'(%j@zm:_gﬂm{—?lj:m:_ﬁ

Hinh bén 1a d6 thi cua ham s6 y = f(x). Biét ring tai cic diém 4, B, C do thi ham sb c6 tiép
tuyén duoc thé hién trén hinh v& bén dudi.

y
C
[0
Ménh dé nao duéi day ding?
Al f(x)< (%)< f(x5)- B. f'(x,
C. f'(x,)< f'(xc)< f'(x35). D. f'(x,)<f

Loi giai:
He¢ s6 goc cua tlep tuyen duong khi dudng thang di qua goc phén tu thi nhat va thi ba.
Heé s6 goc cuia tiép tuyén 4m khi dudng thing di qua goc phan tu thir hai va thu tu.

Tir dd thi dé cho ta co f'(x,)<0= f"(x,)< f"(x)

Trén do thi (C):y= _; c6 bao nhidu diém M ma tiép tuyén v6i (C) tai M song song véi
x

duong thing d:x+y=1.

A. 0. B. 1. C. 2. D. 4.

Loi giai:

d:ix+y=1=y=—x+1
x—1 -1
Cliy=—-z=y'= <0,Vx#2

tiép tuyén voi (C ) tai M song song voi duong thang d:x+ y=1thi
x=1
> c>(x—2)2:1:>{
(x—2) x=3
khi x=1= y=0 tiptuyénla y=—x+1=d (loai)
khi x=3=y=2tiéptuyénla y=—(x-3)+2=—x+5 //d (thda)

Luwru y: cam than khi gip loai nay vi chil quan nghi rang c6 2 nghiém sé& c¢6 2 tiép tuyén //d.
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A X X - S W £ X+2 . x o £ A f ez 2
Cau 73. Tim phuong trinh tiép tuyen cua do6 thi ham s6 y = 1 bict tiép tuyeén vuong goc véi duong thang
x —

y= %x —-5va tiép diém c6 hoanh do duong.

A. y=-3x+10. B. y=-3x+2. C. y=-3x+6. D. y=-3x-2.
Loi giai:

. -3
y =

(x-1)
- A A A , , - R 2 1 1 x=0
tiép tuyén vudng goc voi duong thang y =—x-5 R
3 (x-1)" 3

=—1:>(x—1)2=1:{

do tiép diém c6 hoanh d6 dwong nén x =2
Vay phuong trinh tiép tuyén la y =-3x+10

Céu 74. Phuong trinh tiép tuyén v6i dd thi (C):y =2x’ —6x” +3 c6 hé s6 géc nho nhét la
A. 6x+y-5=0. B. 6x+y+5=0. C. 6x—y+3=0. D. 6x+y-7=0.
Loi giai:
y'=6x" —12x=6(x—1)" =62 -6
Vay hé s6 goc nho nhit bang -6 khi x = 1. Suy ra phuong trinh tiép tuyén 1a 6x+y—-5=0.

Céau 75. C6 tht ca bao nhiu tiép tuyén ctia do thi ham s6 y =x’ —3x’ +2x di qua diém A(-10) ?
A. 1. B. 2. C. 3. D. 4.
Loi giai:
Goi d:y=k(x+1) diquad(-10).
d tiép xtc(C): y =x’ —3x” + 2x khi

k(x+1)=x"-3x"+2x (3x2—6x+2)(x+l)=x3—3x2+2x (1) «

< Phuong trinh
k=3x>—6x+2 k=3x>—6x+2 da thﬁc bac?

s6 nghiém (1) 1a s6 tiép tuyén nén MTCT CASIO -580VN nhip

ta thay c6 3 nghiém, suya ra co 3 ti¢p tuyen di qua A. Chon 2~4

A . v iA A , \ A X .12 . \ A 13 gy L e
Cau 76. Goi d la tiép tuyén cua ham sd y = tai diém c6 hoanh d¢ bang —3. Khi d6 4 tao voi hai truc

x+2
toa do mot tam giac c6 dién tich la
A 512 B.s=12 c.s=2. p.s=2
6 6 6 6
Loi giai:

v A A ) \ A X . o4eR . \ A 1.3 . . \
d latiép tuyén cia ham so y = tai diém c6 hoanh d¢ bang —3 c6 phuong trinh la:

x+2

y=3(x+3)+4=3x+13
d cit hai truc toa do tai A(O;13),B(_Tl3;0j .

Tam giac OAB c6 di¢n tich la S = %,OA_OB = %
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x+b

Cau 77. Cho ham s y= (ab # —2). Biét rang @ va b 1a cac gia tri thoa man tiép tuyén cua do thi

ax—2
ham s6 tai diém A (1; —2) song song véi duong thing d:3x+y—4=0.Tinh a—3b.
A, 2. B. 4. C. -1. D.5.
Loi giai:
d:3x+y-4=0=>y=-3x+4
= —2—ab
(ax—2)2
Tiép tuyén cta dd thi ham sé tai diém A(1; —2) song song v6i dudng thing d : 3x+y—4=0nén
1+b
Ae(C)=>——=-2
(©) a=2 b=-2a+3 - 5a*-15a+10=0
—2-ab _ 4 2-a(-2a+3)=-3(a-2)"  |b=-2a+3
2
(a-2)
a=2(!/
_[e=20)
a=1b=1
Vay a-3b=-2.
Cau 78. Phuong trinh tiép tuyén ctia d6 thi ham s6 y = 2x+23 biét tiép tuyén do cét truc tung va cat truc
X+
hoanh tai hai diém phan biét A, B sao cho tam gidc OAB can la
A y=—x-2. B. y=x+2. C.y=x-2. D. y=—x+2.

Loi giai:

Binh luin:

Tiép tuyén do6 cit truc tung va cit truc hoanh tai hai diém phan biét 4, B sao cho tam giac OAB
can 1a khi c¢6 hé s6 goc bang 1 hoic -1.

y'=(2x_fl3)2=—13(2x+3)2=13|:

Khi x=-1,y =1 phuong trinh tiép tuyén la y =—1(x+1)+1=—x (loai vi di qua O).

x=-1

x=-2

Khi x=-2,y=0 phuong trinh tiép tuyén la y=—1(x+2)=-x—-2 (théa)

Cau79. Cho ham sé y = f(x) c6 dao ham lién tyc trén R, théa man 2/ (2x)+ f(1-2x)=12x". Phuong
trinh tiép tuyén ctia d6 thi ham sé y = f(x) tai diém c6 hoanh do bang 1 1a
A. y=2x+2. B. y=4x-6. C. y=2x-6. D. y=4x-2.
Loi giai:
2f(2x)+f(l—2x) =12x°
)C=0—)2f(0)+f(1)=0 {f(o):_l

=2 2r ()£ (0)=3 |£(1)=2

Daoham2vétaco 4f'(2x)-2f'(1-2x)=24x
)C:O—)4f'(0)—2f'(1):0 f'(0)=2
=
x=5 o 47(1)-27(0)=12 {
Phuong trinh tiép tuyén cta d6 thi ham s6 y = f(x) tai diém c6 hoanh do béng 1 1
y=f'(l)(x—l)+f(l)=4(x—l)+2=4x—2
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Cau 80. Mot vat roi tu do voi phuong trinh chuyén dong la S = 5 gt’, trong d6 ¢ tinh bang gidy (s), S tinh

bang mét m va g =9,8 m/s’. Van tdc cua vt tai thoi diém ¢ = 4s1a?

A.v=9,8m/s B.v=78,4m/s C.v=39,2 m/s D.v=19,6 m/s
Loi giai:
nhic lai v=>5

a=v'=8"

1
Szagt2:>v=gt

t:4—>v:9,8.4:39,2(m/s)

Cau 81. Mot chat diém chuyén dong theo quy luat S = —%f +4t> +9¢ voi t(gidy) 1a khoang thoi gian tinh tir

lic bat dau chuyén dong va S (mét) 1a quang duong vat chuyen dong trong thoi gian d6. Hoi trong
khoang thoi gian 10 glay ké tir Iuc bt dau chuyén dong, van tdc 16n nhit cua chat diém 1a

A. 88(m/s). B. 25(m/s). C. 100(mvs). D. 11(m/s).
Loi giai:
S = —%ﬂ +41* +9¢

v=S'=—"+8+9
0<t<10

—b
v <:>(—t2+8t+9) c>t:2_a

max max
v =25

max

=4

* MTCT CASIO 580VN st dung chirc nang Mode 9

Vo [ JB B 3
AXE+HR+C ax2+bx+g t
uwong trin
da thitc bac? I =+ 0w + o - 1x2+ LY
Chon 2~4 0 9

bam = lién tiép ta c6
Vo B i v Vo B i "
GTLN wy=ax2+bx+c  GTLN y=ax2+bx+c
K= y=
4 25

Céu 82. Tinh dao ham ctia ham s& f (x)=sin’ 2x—cos3x.
A. 2sin4x—-3sin3x.  B. 2sin4x+3sin3x. C. sin4x+3sin3x. D. 2sin2x+3sin3x
Loi gidi:
f(x)= (sin2 2x —cos 3x)' = 4sin2xcos 2x + 3sin 3x = 2sin4x + 3sin 3x

Céu 83. Tinh dao ham cia ham sé y = cosdx +3sin4x.

A. 12cos4x—2sin4x. B.12cos4x+2sin4x.C. —12cos4x+ 2sin4x .D. 3cos4x—%sin4x.

Loi giai:

y':(cos;x+3sin4xj':l2cos4x—2sin4x
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Céu 84. Tinh dao ham ctua ham sé y = tan (% —xj .

1 1 1 1
A y'=- B. y'= . C.y'= D. y'=- :
T | T P .o T
cos”| ——x cos’| ——x sin“| ——x sin”| = —x
5 i) (5] (5]
Loi giai:
1
y:tan(——xj: y'=-
4 2
cos™| ——x
i)
Céu 85. Tinh dao ham ctia ham s§ y =+/cos2x .
sin 2x —sin2x sin 2x —sin2x
A Y =———. B. )y =—. C.y=———. D. y =——e.
2+/cos2x \Jcos2x \Jcos2x 2+/cos2x
_cin?
Loi giai: y =+/cos2x = y'=ﬂ
\cos2x
CAu 86. Tinh dao ham cta ham s6 sau y =.SL )
sin x —cos x
’ =l ’ 1 ’ -1 ’ 1
A y'=— > B.y'=— -.C. y'=— -.D. y'=— .
(sinx—cosx) (sinx—cosx) (sinx+cosx) (sinx+cosx)
Loi giai:
sin x , -1
== =YV = 2
sin x —cos x (sinx—cosx)
Céu 87. Tinh dao ham ctua ham sé y =sin® x+ cos® x +3sin® xcos’ x .
A. 1. B.0 . C.2. D. 3.
Loi giai:
y =sin’® x +cos’ x +3sin’ x cos’ x(sin2 x +cos’ x) = (sin2 x +cos’ x)3 =1
y'=0
Céu 88. Pao ham cta ham sé y =+/2+cos’ 2x bang
Ay = —sin2x B. )= —sin4x C.y= cos2x D. = —sin4x
V2 +cos’ 2x 22+ cos’ 2x V2 +cos’ 2x V2 +cos’ 2x
Loi giai:

—sin4x

V2 +cos? 2x

Cau 89. Dao hamcuahamsd y=xsinx la

y=+2+cos’2x = y' =

A. y'=sinx—xcosx . B. y'=sinx+xcosx . C. y'=xcosx. D. y'=—-xcosx.
Loi giai:
y=xsinx = y =sinx+xcosx

Cau 90. Cho ham sd y =sin®x. Tim h¢ thirc lién hé giita y va ' khong phu thudc vao x.
A4y +yi=4.  B.2(y)V+4ri=1. C.(y) +(1-2y) =1 .D. () +4y* =4.
Loi giai:
y'= (sin2 x)' = 2.5inx.cosx = sin2x
(y’)2 :(sin2)c)2
do (sin2x)2 +(cos2x)2 =1

= (y’)2 +(1—2y)2 = (sin2x)2 +(1—2sz’112x)2 = (sin2x)2 +(cos2)c)2 =1
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Cau 91.

Cau 92.

Cau 93.

Cau 94.

Cau 95.

Cau 96.

Viphan cia ham s f(x)=3x" —x tai di€ém x=2 tng v6i Ax=0,1 la
A. -0,07. B. 10. C. L1,

Loi giai:

Ay =(6x-1)Ax

x=2,Ax=0,1->Ay=(6.2-1).0,1=11

D. -0,4.

Cho ham s§ y =x* —9x* +12x—5. Vi phan cia ham s6 1a

A. dy=(3x" —18x+12)dx. B. dy =(-3x" —18x+12)dx.
C. dy=—(3x"-18x+12)dx. D. dy=(3x"+18x-12)dx.
Loi giai:

y=x -9x* +12x-5

c6 vi phan dy =(3x” —18x+12)dx

Hamsé y = ~— ¢0 viphén la
x +1
_ 32 1_ 2
Ady——— 4. B.dy=——dv. C dy=T D. dy=—2"dx
( 2 1Y 2 1Y x*+1 x”+1
X +1) (x +1)
Loi giai:
X e LAl 1 1-x°
y=———coviphinla dy= > dx
x°+1 (x2+1)
Ham s6 y = tanx—cotx co vi phan la
1 4 4 1
A. dy= dx. B. dy= dx. C.dy= dx. D.dy= dx.
Y o5 2x Y i 2x Y o 2x Y sin? 2x
Loi giai:
y=tanx—cotx c6 viphanla dy =— ? dx
sin” 2x

Vi phan ctia ham s6 y =sinv2+x* 1

2x+2
A. dy= al cosv2+x” .dx. B. dy=- al cosv2+x”.dx.
N2+ x° N2+ X
+1
C. dy=—2cosy/2 +x*.dx. Mcos\/2+x2.dx.
V2 +x° V2+x°
Loi giai:

cosv2+x*.dx

Vi phan ctia ham s6 y =sinv2+x* 1a dy =

X
NS

\ 1 X o . 1A 1a
Ham so y:tanZE co vi phan la

sin — 2sinE sinf X
A. dy=—2dx B.dy=—2drv. C.dy=—2dx. D. dy:tan{—jdx
3 X 3 X 3 2
CcoS” — cos’ — 2cos’ —
2
X
, N sin —
Loi giai: Ham s y=tan’ > c6 viphanla dy=—2-dx
2 cos3§
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Cau 97. Hamsd y=+/cot2x c6 viphan la

1+cot® 2x —(1+00t2 Zx) 1+tan® 2x —(1+tan2 ZX)
A.dy=————dx. B.dy=————"dx.C. dy=———dx .D. dy=——+——=dx
\cot2x veot2x \eot2x Jeot2x
Loi giai:

_ 2
(1+c0t 2x) i

\eot2x

Ham sd y=+/cot2x co viphanla dy=

Cau 98. Hamso y =xsinx+cosx cd viphan la

A. dy=(xcosx—sinx)dx. B. dy =(xcosx)dx.
C. dy =(cosx—sinx)dx. D. dy =(xsinx)dx.
Loi giai:

Hamsb y =xsinx+cosx co viphanla dy=(xcosx)dx

Cau99. Cho hamsé y = x+~/x* +1. Ménh d& ndo sau diy ding?
A. A1+ x2dy— ydx =0. B. I+ x2dx—dy=0.
C. xdx+mdy:0. D. Wdywtydxzo.

Loi giai:
x (x4 +1) v
dy =[l+ﬁjdxzﬁ.dx= = dx
= m.dy =ydx & m.dy—y.dx =0.
Céu 100. Tinh dao ham cap hai clia ham s6 f(x)=x’—x"+1 tai diém x=2.
A. ["(2)=14. B. /"(2)=10. C. /"(2)=28. D. /"(2)=1.
Loi giai:
f'(x)=3x2—2x
f"(x)=6x—2
7"(2)=6.2-2=10.

Céu 101. Dao ham cép hai ctia ham s6 y = f(x) = xsinx—3 1a biéu thirc ndo trong cac biéu thic sau?
A. 2cosx—xsinx. B. —xsinx. C. sinx—xcosx. D. I+cosx.
Loi giai:
y'= (xsinx—3)'= SINX — X.COSX
y"=2cosx—xsinx

Céu 102. Mot chit diém chuyén dong c6 phuong trinh S = 2¢* + 61> —3¢+1 v6i ¢ tinh bang gidy (s) va S tinh
bang mét (m). Hoi gia toc cua chuyén dong tai thoi di€ém ¢ = 3(s) bang bao nhiéu?

A. 64 (m/s’). B. 228 (m/s’). C. 88 (m/s’). D. 76 (m/s*).
Loi giai:

S=2t"+617-3t+1

v=S8"'=8+12t-3

a=v'=8"=24t +12

t=3->a=228(m/s*)
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Céu 103. Mot chat diém chuyén dong trong 20 gidy dau tién c6 phuong trinh s(¢) =%z‘4 —£ +6£° +10¢,
trong d6 >0 véi ¢ tinh bang gidy (s) va s(¢) tinh bang mét (m). Hoi tai thoi diém gia tdc cua vat
dat gia tri nhd nhét thi van tdc cua vat bﬁng bao nhiéu?

A. 17(m/s). B. 18(m/s). C. 28(m/s). D. 13(m/s).
Loi giai:

1
s(t)=—1" =1 +61* +10¢
12
v=s'=%t3—3t2+l2t+10

a=v'=1—61+12=(1-3) +3>3
=3 1=3=v=28(m/s)

lTll n

Cau 104. Cho chuyen dong thing xac dinh boi phuong trinh S = — +3¢ +9¢, trong do ¢ tinh bang gidy va §
tinh bang mét. Tinh van tdc cuia chuyén dong tai thoi diém gia toc triét tiéu.
A.12m/s. B. Onv/s. C.11lm/s. D. 6m/s.
Loi giai:
S=—+3>+9¢
v=S8"'=-3+61+9
a=v'=-6t+6
Khi gia toc triét tiéu a=0=>¢=1—>v=12(m/s)

Cau 105. Cho ham s y =+/2x—x? . Ménh dé nao sau day la dang ?

A. Y’y +1=0. B. y’.)"-1=0. C. 3y’ )" +1=0.. D. 2y°.y"+3=0.
Loi giai:
= I-x
2x—x’
I-x
—2x—x?— 1—
"= e 2x—x2( X)_ ( xz) (1 x)2 -1

2x—x’ (2x xz) 2x—x* (2x—x2)\/2x—x2

-1
y'=—=< )y y+1=0
y

Cau 106. Cho ham sd y = sin 2x . Khang dinh nao sau day 1a diing?
A. yz—(y')2=4. B. 4y+y"=0. C.4y-y"=0. D. y=)'tan2x.
Loi giai:
y'=2cos2x
y"=—-4sin2x =4y
y"+4y=0
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Cau 107. Cho ham sé y = x.cos x . Chon khiang dinh dting?
A. 2(cosx—y')-x(y"+y)=1. B. 2(cosx—)')+x
C. 2(cosx—y")+x(y"+y)=1.
Loi giai:
y'=cosx —x.sinx
y"=-2sinx — x.cosx =—2sinx — y
y"+y=-2sinx
= 2(cosx—y)+x(y"+y)=0

Céu 108. Cho ham s6 y = £ (x) = =

A. x=3. B.xz—i. C.xz—l.
2 2

Loi giai:

6
(1-x)
3 -6

R e e

/(%)=

l-x=-2=>x=3
Cau 109. Tinh ", biét y=xy/1+x .
(3+2x )
(1+x) 1+x°

2x(3+2x y x(3

ey ey

A y'=

Loi giai:
y=xvIl+ x?

. x(3+2x2)

g _(1+x2)\/1+x2

Céu 110. Pao ham cép n cia ham sb y =

,az0 la

ax+b

—1)” a'.n!
B. y" = (1) e :
Y (x+1)""

w _ 2"a"n!

A .
Y T atby™

Loi giai:
1

ax+b
—l.a.1!

(a)c+b)2
(=12
a (a)c+b)3

- (—1)" a'n!
 (ax+b)™

—2x2)

" _ (-1)".n! '
(ax+b)"!

y"+y)=0.
D. 2(cosx—y')—x(y"+y)=0.

. Phuong trinh f'(x)+ /"(x)=0 c6 nghiém la

D. le.
2

. (—l)n a'.n!
(ax+byt
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®. CHU PE 3. VECTO TRONG KHONG GIAN. QUAN HE VUONG GOC

Chu 111. Cho t&r dién ABCD . Hoéi c¢6 bao nhiéu vecto khac vecto 0 ma mdi vecto c6 diém dau, diém cudi la
hai dinh cta tr dién ABCD?
A.12. B. 4. C. 10. D. 8.
Loi giai:
S4 vecto khéac vecto 0 ma mdi vecto ¢ diém dau, diém cudi 12 hai dinh cta t dién ABCD 14 s
cac chinh hop chap 2 ctia phan tir= s vecto la 42 =12.

Cau 112. Cho tir dién ABCD . Goi M, N lan luot 1a trung diém cua cac canh AD, BC va G latrung diém
ciia MN . Ménh dé nao sau ddy ding?

A. N = (4B + D). B. 4B+ AC+AD =34G.
C. AB+AC+AD=0. D. AB+AC+ AD=4.4G .
Loi giai:

Goi M, N lan luot 1a trung diém cua cac canh 4D, BC va G la trung diém cia MNnén G 1a
trong tam cua tir dién 4ABCD do do:
+ﬁ =AM + MN + NB

o :W:l(ﬂ?+D—C>Asai
DC = DM + MN + NC 2
#Gi+GB+GC+GD =0 ©4Gi+ AB+AC+AD =0 & 4G =~ (4B + 4C+ D) B.C sa

Cau 113. Cho hinh lang tru ABC.A'B'C"' v&i G la trong tam cua tam giac A'B'C'. Dat AA =a, AB=b,
AC =¢.Khidé AG bing
- 1 - B S B -
A. a+§(b+c). B. a+z(b+c). C. a+g(b+c). D. a+5(b+c).

Loi giai:

G la trong tdm cua tam giac A'B'C' = A'G = %(A’B’ + A’C’)

AG:AA'+A'G=AA'+1(W+TC'):Zz+l(5+2).
3 3
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Cau 114. Cho tt dién déu ABCD. Tich vé huéng AB.CD bing

2 2
a a

A a’. B. —. C.0. D. —.
2 2

Loi giai:

Cho tir dién déu ABCD c6 4 mit 1a 4 tam giac déu.

E.CT):(TC+FB)CT)=ECT)+@CT)=—@C—D+FB.CT)
= —CA.CD.cos60° + CB.CD.cos60° =0= AB 1 CD

Céu 115. Cho tir dién ABCD va céc diém M , N xéc dinh bdi AM =24B—3A4C ; DN = DB+xDC . Tim x
dé cac vécto AD, BC, MN dong phang.
A. x=-1. B. x=-3. C. x=-2. D. x=2.
Loi giai:
Phan tich hudng gidi: Khi gdp loai nay chung ta vé hinh AM =2A4B-3AC
Dit 24B = AE,-3AC = AF = AM = AE + AF
M la dinh thir 4 ctia hinh binh hanh AEMF.
DN = DB+ xDC = xDC = DN — DB = BN — BN / /DC

Gidi nhw sau:

Ta co M—N:W+E+D—N:(3E—2ﬁ)+ﬁ+ﬁ+xﬁ.
:(3E+3D—C—2E—2ﬁ3)+ﬁ+ﬁ+)@—€

=2A4D ~DB+(x+3)DC =2A4D +BC +CD+(x+3) DC
=24D+BC+(x+2)DC.

Bavéc to AD, BC, MN ddng phing khi va chikhi x+2=0<> x=-2.

Cau 116. Trong khong gian, cho ciac ménh dé sau, ménh dé nao la ménh dé ding?
A. Mot dudng thing vudng goc véi mot trong hai dudng thing vudng goc thi vudng goc voi dudng
thang con lai.
B. Hai duong thang ciing song song v&i duong thang thir ba thi song song véi nhau
C. Mot duong thing vudng goc véi mot trong hai dudng thing song song thi vudng goc véi duong
thang con lai.
D. Hai duong thing cung vudng goc véi duong thang thir ba thi vudng goc voi nhau,

Loi giai:
Dua vao dinh nghia hai dudng thing vudng goc trong khong gian ta suy ra dap an C diing.
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Cau 117. Cho hinh 1ap phuong 4ABCD.EFGH . Gbc gitra cdp vecto AF va EG bang

A. 0°. B. 60°. C. 90°. D. 30°.
Loi giai:
B C
|
A1 D
|
F\ — — —|=$G
/ -~
y -~
E H

Nhan xét EG = AC nén (F,E—G) = (F,E) = Iaz’ .
Tam gidc FAC la tam giac déu nén FAC =60°.
Cau 118. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh, SA=SB=2a, AB=a. Goi ¢ la gbéc
giira hai véc to CD va AS. Tinh cos@?
7 1 7 1
A. cosp=——. B. cosp=—. C. cosp=—. D. cosp=—.
4 2 4 4 4 2 4 4

Loi giai:

- —\2 - .
Ta c6 SB* =(AS—AB) < SB* = AS* -2 AS.AB + AB*

BA=—AS.

. BZ_ AZ_ABZ 2
— AS.CD = S8 =5 S

2 2

2
a

—— — CDAS ~ 5 -1
Véycosgozcos(CD,AS)z -2 _—

=

Sl

CD.AS al2a 4
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Cau 119. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh chit nhat véi 4B =2a, BC =a . Céac canh bén cua
hinh chép cling bang a~/2 . Tinh goc giira hai duong thang AB va SC.
A. 45°. B. 30°. C. 60°. D. arctan 2.
Loi giai:

B
Tacd AB//CD nén (A4B;SC)=(CD;SC)=SCD.
Goi M 1a trung diém cia CD. Tam gidc SCM vudng tai M va c6 SC = a2, CM =a nén la tam
gidc vudng can tai M nén SCD =45°. Vay (ZE,TC) =45°.

Céu 120. Cho tir dién déu ABCD, M la trung diém ctia canh BC. Khi dé cos(A4B,DM ) bang

a2 B Y2 ¥ p. L

6 2 2 2
Loi giai:

A
B
D
M
C

a3

Gia str tir dién déu ABCD c6 canh bang a taco: DM = B

. ———— ABDM  ABDB+ABBM aa. °taa. °
Ta lai c6: cos(AB,DM):_ DM _ + _ a.a.c0860° + a.a.cos120 :ﬁ_
‘ABHDM . a3 V3 6
2 2
3
Vay cos(4B,DM ) :% :
Cach 2: dung bi kip goc T ————
GOC GIUA 2 PUONG THANG:
a2 3 az
AD*+BM?> - AM?>-BD? |4 4
cos(AB,DM):‘ ‘: :ﬁ
2.AB.DM 3 6
2a.—a B 2
hehe - qua lgi hai phii khong c

AC*+BD* - 4D* - BC|

cos(4B,CD) =
24BCD

Cich nhé: Cosin (45, 46) = (téng binh phuong 2 xanh nuée bien — tong binh phuong 2 xanh 15) - (2 13n
tich 2 canh d0).
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Twong tw cau 120. i
Cho tr dién ABCD biet AB=BC=CA=4, AD=5, CD=6, BD="7. Goc gitta hai duong thang AB va

CD bing?
A. 120°. B. 60°. C. 150°. D. 30°.
Huwéng din giai
Chon B
4
B D
c
Khido AB.CD =(CB~CA).CD = CB.CD.cos BCD — CACD.cos ACD
2 2 pn2 2 2 M2 2 2 p2 g2
=CB.CD.CB +CD*—BD —CA.CD.CA +CD”— AD =CB +AD*—BD" - CA 12
2.CB.CD 2.CA.CD 2
Suy ra cos(AB,CD) = ABCD) 12 1, (ZIE,—C\D) =60°.
AB.CD| 4.6 2

hoic dung bi kip ra lién

CONG THUC TINH NHANH
GOC GIUA 2 PUONG THANG:

A4

c

|4¢* +BD* - 4D’ - BC*

cos(AB.CD) =
L 24BCD

Cich nhé: Cosin (46, 46) = (téng binh phuong 2 xanh nude bién — téng binh phizong 2 xanh 14) - (2 1én
tich 2 canh d6).
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Cau 121. Cho hinh ling tru tam giac déu ABC.4'B'C' c6 canh bén AA' =2a, gbc gitta duong thing A'B voi
mit phing (4BC) 1a 60°. Goi M 1a trung diém BC. Tinh cosin cta goc giita A'C va AM .

Al B33 2. p. 8
2 4 4 2
Loi giai

B

AM 1 BC = AM .BC =0
Géc giira dudng thing 4'B v6i mit phing (4BC) 1a 60° = A'BA = 60°

AA’:2a:>AB=la

N
4

A'C=A'B=—=a
3

3

a—=da

S

G
N

'C.AM = A'C.AM.cos(A'C,AM) =(A'A+E+R:)AM — A" AAM + AB.AM + BC.A

B.AM = AB.AM cosBAM

AN

2 3
— —_— —=a.—

cos (°C. 077 - AB.AM .cosBAM _ ABcosBAM _ 3" 2 _\3

A'C.AM ac a 4

&=
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Céu 122. Cho hinh chép S.ABC c6 ddy ABC vudng tai B, SA vudng goc véi day. Khiang dinh nao sai?

A. SB 1 AC. B. S4 1 AB. C. SB L BC. D. S4 L BC.
Loi giai:
S
A C
, B

Neéu SB 1 AC.

AC L SB
Tiur SA L (ABC)=S4 L AC, do do {AC g ACL (SAB)= AC L 4B.

Diéu nay 1a vo Iy vi AABC vudng tai B nén dap an A sai.
Tacod SA L (ABC)= SA L AB, SA L BC nén dap an B va D diing.

.. [BCL 4B N ,
Lai c6 = BC L (SAB)= BC L SB nén dap an C dung.
BC 1 84
Cau 123. Cho hinh chop S.ABCD c6 ddy ABCD li hinh vuong. S4 vudng goc véi (ABCD) va H 1a hinh
chiéu vuong goc ciia 4 1én SB . Khing dinh nao sau ddy 1a sai?
A. AH 1 BC. B. AH 1 SC. C. BD 1 SC. D. ACLSB.
Loi giai:

Tacé BC L SAvaBC 1 AB nén BC L (SAB) = (SBC)L(S4B).
Mt khac (SBC)N(S4B)=SB.Dodo tir A ké AH 1. SB = AH 1 (SBC)

AC 1 SA , AC khong vudng goc AB nén AC L SB la sai
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Cau 124. Cho hinh chép S.ABC c¢6 SA=SB=SC va tam giac ABC vudng tai B. V& SHJ_(ABC),
He (ABC ) . Khing dinh nao sau day diing?

A. H trung véi truc tdm tam giac ABC. B. H trung véi trong tdm tam giac ABC'.
C. H trung voi trung diém AC. D. H trung véi trung diém BC.
Loi giai:

Goi M 14 trung diém cua AC = BM = AM =CM :%AC.

ASAC cantai § = SM 1 AC (1)

ASMA vudng tai M = SA* = AM* + SM* < SB> =BM* + SM*.
= .ASMB vuong tai M hay SM L BM (2)

Tu (l) va (2) suy ra: SM J_(ABC).

Theo gid thiét: SH L (ABC), He(ABC) = H=M .

Vay H trung véi trung diem AC .

Cau 125. Cho hinh chop S.ABCD co6 day ABCD 1a hinh vudng canh a, S4 vudng gbc vdi mat day, goc gitra
canh SD va mit day bang 30°. B¢ dai canh SD bang

A. 24. B. 2443 c. 4. D. a3 .

3 2

Loi giai:

SA vudng goc voi mat day, goc gitta canh SD va mat ddy bing 30° = SDA = 30°
AD 2 2av3

=q—

cos30° 3 3

AD=a= 8D =
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Cau 126.

Cau 127.

Cho tir dién OABC c6 0OA, OB, OC do6i mot vudng gdc voi nhau. K& OH vudng gbc voi mat

phing (ABC) tai H . Khang dinh nao sau day 1a sai?
‘ 1 _ 1 N 1 N 1 '
OH®> 04 OB> 0OC’
B. 04 1 BC. D. AH 1(OBC).
Loi giai:

Tac6 OH L(ABC)=> OH L BC va OA L(OBC)= OA L BC.
Suyra BC L(AOH )= BC L AH (1)
Ta lai c6 OH L (ABC)= OH 1 ACva OB L(0AC)= OB 1 AC
Suyra AC L (BOH)= AC L BH (2)
Tu (1) va (2) suyra H la tryc tim tam gidc ABC .
Goi / 1a chan duong vuong goc cia O 1én duong thang BC

1 1 1 1 1

1
Ta co = + = + + .
OH* OI* 04> OB* 0C* 04

Vay D la dap an sai.

B. H latryc tam tam giac ABC.

Cho hinh chép S.4BCD c6 day ABCD 14 hinh vudng va S4 vudng goc day. Ménh dé nao sai?

A. BC 1(S4B). B. AC L(SBD). C. BD 1(S4C). D. CD 1 (84D).
Loi giai:

S
Ta co:

BC 184

CD 1 AD
CD 1S4

{BDL AC

+

BC 1 AB
+{ = BC 1 (S4B).
{ = CD L (S4D).

= BD L (SAC).
BD 1 54

Suy ra: dap an B sai.
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Cau 128. Cho hinh chép S.4BCD day la hinh vudng canh a, tdm O. Canh bén S4 =2a va vudng goc voi
mat phang day. Goi « 1a goc tao boi duong thang SC va mat phang ddy. Ménh dé nao dung?
A. a=60°. B. a=75°. C. tana =1. D. tana =+/2 .
Loi giai:

Ta cd AC 1a hinh chiéu vudng géc cia SC 1én mit phing (ABCD).

. (SC.(4BCD)) = 5CA =

Tam giac SAC vudng tai 4 co tana =j—Ié ,voi AC =a~2 thi tana =2

Cau 129. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vudng canh a, SD=a va SD vudng goc voi mat
phing day. Tinh goc giita dudng thing S4 va mit phang (SBD) .
A. 45°. B. arcsin(l/4). C. 30°. D. 60°.
Loi giai:

SD L (ABCD)= SD L AC

} = AC 1 (SBD)= A0 L(SBD)
AC L BD

Géc gilta dudng thing S4 va mit phing (SBD) I ASO

SA=a\/§
A0=ag

sinzm:%:zm:%()
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Cau 130.

Cau 131.

Cho hinh chop S.4BC c6 day ABC la tam gidc déu canha, canh bén SA vudng gdc voi mit day va
SA=2a.Goi M latrung diém ctia SC . Tinh cosin ctia goc a la goc gitta BM va (ABC).

27 5 Jai

A. cosa:—7. B. cosa =——. C.cosa=—. D. cosa =——.
14 7 7 7

Loi giai: s
Goi H 1a trung diém AC ta c6 MH la dudng trung binh ciia tam

giac SAC nén MH song song SA.
SA vudng gdéc (ABC) thi MH vuong goc (ABC)

suy ra goc gitta BM va (ABC) la MBH A 3
HM=%=a.

2
BH=AB.§=a§

BM?* =MH? + BH?

V3
ai
2

21

BH

cosa =

Ja* +d* 37
4
Cho hinh lap phuong ABCD.A'B'C'D’ (hinh bén). Tinh géc gilta AB' va mit phing (BDD'B').
D. 30°.

A. 60°.
Loi giai:

B. 90°. C. 45°.

Goi O 1a giao diém AC va BD. Ta c6 AO vudng goc (BDD’B’)

Goc giita AB' v mit phing (BDD'B')1a AB'O

a@
sindBo=29__2 _1 _ 5o_30
AB' a\/E A'
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Cau 132.

Cau 133.

Cau 134.

Cho hinh chép S.ABCD c6 day 1a hinh thang vuong tai 4, day lon AD=10cm, BC =8cm, SA
vudng goc véi mat day va S4=8cm. Goi M la trung diém cia 4B . Mat phang (P) diqua M va
vudng goc véi AB . Tinh dién tich thiét dién ctia hinh chdp cat béi mat phang (P).

A. 26cm’. B. 20cm”. C. 52cm’. D. 18cm”.

Loi giai:

Goi N, P va O lan luot 1a trung diém cia CD, SC va SB.

Ta ¢6: (P)"(SAB)=MQ, (P)n(ABCD)=MN, (P)~(SCD)= NP.

Do d¢, thiét dién ctia hinh chop S.4BCD cit boi mit phing (P) 1a ttr gide MNPQ.
D@ thiy MNPQ 14 hinh thang vudng tai M , O va MQ=PQ =4, MN =9.

B MQ.(MN +PQ) 4.(9+4)

Vay dién tich hinh thang MNPQ 1a: S\, = 5 == - 26.

Trong céac khang dinh sau khang dinh nao 1 diing?

A. Hinh lang try dimg 1a hinh ling try déu.

B. Hinh ling tru c6 day 1a mot da giac déu 1a mot hinh ling try déu.

C. Hinh lang try dimg c6 day la mot da gidc déu 1a hinh ling try déu.

D. Hinh ling try tir gidc déu 1a hinh lap phuong.

Loi giai: . .
Theo dinh nghia: Hinh ldng tru déu 1a hinh lang tru dung c6 day la mot da giac deu.

Ménh dé nao dudi day sai?

A. Hinh chop déu co cac canh bén tao v6i mit phiang day cac goc bang nhau.

B. Hinh chop déu co tit ca cic canh bang nhau.

C. Hinh chop déu c6 cac mit bén 1a cac tam giac can bang nhau.

D. Mot hinh chop c6 day la mot da giac déu va co chan duong cao tring v6i tim cua da giac day do
1a hinh chop déu.

Loi giai:

Theo dinh nghia :

Mot hinh chop c6 day la mot da giac déu va co chan dudng cao tring véi tam cua da giac day d6 1a
hinh chop déu.

Hinh chop déu c6 cac canh bén tao véi mit phing day cic goc bang nhau.

Hinh chop déu c6 cac mit bén 13 cac tam gidc cin bang nhau.

Hinh chop déu co cac canh bén bing nhau, day 1a da gidc déu (tam giac déu hozc hinh vudng)
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Cau 135. Cho hai mat phing cat nhau (a) va ( p ) M 1a mot diém ndm ngoai hai mat phang trén. Qua M
dung duge bao nhiéu mit phang ddng thoi vudng goc véi (@) va vudng goe véi (B)?
A. V5 s6. B. Mot. C. Hai. D. Khong.
Loi giai:
Cho hai mit phang cét nhau (a) va ( p ) tao ra giao tuyén 1a 1 duong thing d

Qua M dung dugc duy nhét | mat phang vudng gbe véi d, khi d6 ciing vudng goc véi («) va vudng
gbe voi ()

Cau 136. Cho hinh chép S.4BC c6 S4 L (ABC), tam gidc ABC vudng tai B . Két luan nao sau day sai?
A. (SAC)L(SBC).  B.(SAB)L(ABC). C.(SAC)L(ABC). D.(S4B)L(SBC).

Loi giai:
Chgn A

S

- [S4L(4BC) |
: {SAC(SAB),(SAC) = (SAB)7(SAC)J—(ABC) = B, C dung.

SA1(ABC)= SA L BC ma BC L AB = BC L(S4B);BC c(SBC) c

= (84B) L (SBC) =D ding,

Vay dap an sai 1a A. B

Cau 137. Cho hinh chop S.4BC ¢6 didy ABC la tam gidc vudng cantai A va AB=a~/2. Biét S4 L (ABC)
va SA = a. Tinh géc gifta hai mit phing (SBC) va (ABC).

A. 30°. B. 45°. C. 60°. D. 90°.
Loi giai:

K& AD vuéng goc BC suy ra géc gilta hai mat phang (SBC) va (ABC) 1a SDA
ABC latam giac vudng cantai 4 va AB = a2 = AD =a
tanSDA =1=> SDA = 45"
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Cau 138. Cho hinh chop S.4BCD day ABCD Ila hinh chit nhat, AB=a, AD =2a . Canh bén S4 vudng goc
v6i déy (ABCD), SA=2a . Tinh tang cta géc giita hai mat phang (SBD) va (ABCD).

1 2 J5
A ——. B. —. C. 5. D. =

Js J5 2
Loi giai:

K¢ AH 1L BD, (H e BD) (1).
BD 1 54 (S4 1 (ABCD))
= BD 1 (SAH) = BD 1 SH (2).
BD 1 AH
Va: (SBD)(ABCD)=BD (3).
Tir (1) (2) va (3) suy ra: goc giita hai mit phiang (SBD) va (ABCD)la SHA.

1 1 :L_{_L :i = AH =

2a
Xét AABD vudng tai A : = + =<
B T T A AD & 4at ad NG

Xét ASAH vuodngtai 4: tan SHA = % =45.

Trudng THPT Hai Ba Trung — Hué Trang 47/81



Cau 139. Cho hinh ling try déu 4BC.A'B'C’ ¢6 canh ddy bang 2a, canh bén bang a. Tinh gbc giita hai mit
phing (AB'C') va (A'B'C').

A, —. B. ﬁ_ C. arccos—3. D. arcsin—3.
6 3 4 4

Loi giai:

A -

B'C'L Al

Goi I 1a trung diém cua B'C’. Ta co:
B'C'1L A4

= B'C' L (AIA")
(AB'C")n(A'B'C")=B'C’

Khi do: 1 41 L B'C’
AT LBC

= goc giita hai mit phing (A4B'C') va (A'B'C’) 1a gbc AIA

—  AA' a

Xét tam gidc A4’ vudng tai 4’ ta co: tan AI4' = —— — AIA' =
Al a\/_ \/_

oxlk]

Cau 140. Cho hinh chép S.4BCD c6 déy la hinh vudng canh a, S4 L (ABCD). Goi M va N la hai diém
thay ddi trén canh CB va CD sao cho CM =2x, CN =x (0 <x <%). Tim hé thuc lién hé gitta a

va x dé (SAM) L (SMN).

A. 2a=x. B. 2a(a—3x)=0.
C. 4x* —ax=0. D. x* -3ax=0.
Loi giai:

SA L MN (SAM ) L MN

}: }:(SAM)L(SMN)
AM LMN] ~ MN < (SMN)
Vay tam gidc AMN vuong tai M.
AM* = AB* + BM*
MN? = MC* + NC*
AN® = AM* + MN* = AB*> + BM* + MC* + NC?
AN’? = AD* + DN* = AB* + BM* + MC* + NC*
oa’ +(a—x)2 =a’ +(a—2x)2 +(2x)2 +x°

S4xr—ax=0
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Cau 141. Khing dinh nao sau day la khang dinh sai?
A. Khoang cach tir mot diém dén mot mat phang 1a khoang cach tir diém d6 dén hinh chiéu cta né
1én mit phang.
B. Khoang cach giita hai mat phang song song 1a khoang cach tir mot diém tuy ¥ trén mat phang nay
dén mit phéng kia.
C. Khoang céach giita hai duong thing chéo nhau bang khoang cach giira hai mat phing song song
voi nhau lan luot chira hai duong thang do.
D. Khoang céch giita hai duong thiang chéo nhau 1a khoang cach tir mot diém tuy y trén duong thang
ndy dén duodng thang kia.

Loi giai:

D sai vi khoang cach gilta hai duong théng chéo nhau bang khoang cach giita hai mit phang song
song v6i nhau lan lugt chira hai dudng thang do.

Cich tinh khodng cdch giita hai dwong thing chéo nhau d va d’

Cach 1:
+ Xac dinh duong thang vudng goc chung cta d va d’

+ Tinh d6 dai doan vuéng goc chung.

Cach 2:
Ké& d’ va song song v6i d, suy ra mp(P) chira d” va song song d.
+Khi d6 d(d,d")=d(d,(P))=d(A,(P)) véi A 1a mot diém bat ky thudc d
Chit y: mp(P) c6 thé cé san hodc ching ta phdi dung
(Cdch dung: qua mét diém B e d'dung dwong thang A song song vdi d, lic d6 mp(P)=(d’A)).
Cdc vi du mdu cho cach 1
Vi du 1: Cho tir dién ABCD c6 AB=a, tat c4 cac canh con lai bang 3a. Tinh d(AB,CD)
Giai:
+ Goi I, J 1an luot 1a trung diém cta CD va AB.

+ Vi ACD va ACD la cac tam giac déu nén:
CD 1 AI,CD 1 Bl = CD L (AIB)= CD L IJ (1)

Mat khac, AACD = AACD nén tam gidc AIB céan tai I. Do do, J
IJ 1L AB (2)

+ Tu (1), (2) suy ra: 1J 1a duong vudng goc chung cia AB va CD.

2 2
' >a v B
+Taco: [J= AIZ_AJZ\/[MfJ _(g} _av26 /

2 2

a~26 C
2

Vay d(A4B,CD)=
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Vidu 2: Cho hinh chép S.ABCD cé ddy ABCD la hinh vudng canh a. Goi M, N 1an luot 13 trung
diém cita AB va AD, H 14 giao diém ctia CN va DM, SH L (ABCD),SH = a~/3 . Tinh d(DM, SC)
Giai:
+ Trong mp(SCH) k¢ HK 1 SC(1), (K € SC).
SH L (ABCD)
" DM < (ABCD)
Xét hai tam giac vuong AMD va DNC c6 AM = DN,
AD =DC= AAMD = ADNC.

Tu d6 ta co:

+ Mat khac } = SH 1L DM (*)

AMD=DNC

ADM =DCN — DNC+ ADM =90° = NHD=90"hay
AMD+ ADM =90"

DM L CN (*¥).

T (*), (**) suyra: DM 1 (SCH)= DM 1 HK (2).

Tur (1), (2) suy ra: HK 1a doan vudng goc chung cua DM va SC.

2 2
 Ta c6: AHCD ~ ADCN = HC =P~ _ a =2“ﬁ.
CN Jcp*-pnN* 3
1 ] 5 a15
- 5

e —|— =
HK?> HC?> HS?> 34?

Xét tam giac vuong SHC ta co:

a15
5

Vay d(DM,SC) = HK =

cac vi du cho cach 2
Vi du 1: Cho hinh lang tru ding ABC.A’B’°C’, day ABC la
a2

S

tam giac déu canh a, A4'=

Tinh d(AB,CB")
Gii: + Goi I, J 1an luot 1a trung diém cua AB va A’B’.

+ Ta co:
AB//(CA'B"Y= d(AB,CB"Y=d(AB,(CA'B"))=d(I,(CA'B"))

+ Trong mp(CI)) k¢ I1H 1 CJ (1), (H e CJ)

Taco: A'B' L (IJ) (vi ABC. A’B’C’ 1a hinh ling tru dimg) va IC L A'B' (vi AABC 14 tam gidc déu)
nén A'B'L(CJ)=>IH L A'B' (2).

T (1), (2) suy ra: IH 1 (CA'B") hay d(AB,CB")=1IH

+ Xét tam giac vuong CIJ co: 12: 12+ 12: 42+%:1—02:>[H:a\/%
IH® IC° IJ° 3a° a 3a 10
Vay d(AB,CB'):IH:aISO

Trudng THPT Hai Ba Trung — Hué Trang 50/81



Vi du 2: Cho hinh chép tir gidc déu S.ABCD c6 ddy ABCD 1a hinh vuéng canh a, canh bén bang
a2 . Tinh d(AD,SB)
Giai: + Vi AD//(SBC)= d(4D,SB)=d(AB,(SBC))

+ Goi O 1a giao diém ciia AC va BD. I, J 1an luot 14 trung diém
cua AD va BC.
+ Trong mp(SW) ké I1H 1 SJ,(H €SJ) (1).

SO 1L (ABCD)= SO 1 BC
Theo gi4 thiét ta c6: 1/ //AB = IJ 1 BC

= IH 1 BC (2)

Tw (1), (2) suy ra: IH 1 (SBC) hay d(AD,SB)=1IH

} — BC L1 (SIJ)

1 1 SO.LJ :
+ Xét tam giac SIJ co: Sg;; = EIH.SJ = ESO.IJ = IH :T . Vo1: IJ=a,

. SO.LJ  2ay21
SO =S4> - 407 =a.\E,SJ= SB?— BJ? =a47.Suyra: IH = _ 2421

SJ 7
Zaﬁ
7

Vay d(AD,SB) = IH =

Vi du 3: Cho hinh chép S.ABCD, c6 day ABCD 14 hinh vudng canh a, tam giac SAD la tam giac déu,

(SAD) vudng goc v6i mat phang day. Tinh d(SA4, BD)

Giai: + Quqa A ké duong théng d song song véi BD. Goi O 1a giao diém cua AC va BD; I, M lan luot

la trung diém cua AD va OD; N la giao diém cta d va IM.
d(SA,BD)=d((SA4,d),BD) =

+ Ta co:
=d(M,(54,d))

+ Trong mp(SMN) k¢ MH 1 SN (1), (H € SN)
Theo gia thiét:

SI L AD ;
— ST L (ABCD)= SI L d (*)Mit
(SAD) L (ABCD)
d//BD
khc ta c6: BD L AO b= d L MN (*+). Tir (¥), (**)
A0/ IMN
suyra: d L (SMN)=d 1L MH (2) . Tu (1), (2) suyra: MH 1 (S4,d).
1 1 1M
+ Xét tam gide SMN c6: Sgupy =~ MH.SN = ST.MN = MH = 2LMN
2 2 SN
1 1
voi ST=2 yN = 40 =2 sy = Jsi>—IN? = a/10 Do do, MH =MV _ a1s . Vay
2 2 4 SN 5
15
d(54,BD) =< .
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Vidu 4: Cho hinh chép S.ABC c6 day ABC la tam gidc vudng tai B, AB = BC = 2a, hai mat phéng
(SAB) va (SAC) cung vudng goc v4i mat phiang (ABC). Goi M 1a trung diém cua AB, mat phang qua
SM va song song v6i BC cit AC tai N, goc giita hai mit phang (SBC) va (ABC) bang 60°. Tinh
d(AB,SN) s

Giai:

+ Goi I 14 trung diém ctia BC.

Do MN//BC nén N 14 trung diém ctua AC. Do d6, IN/AB
hay d(AB,SN)=d(AB,(SNI)).

+ Trong mp(ABC) ké AJ L IN,(J € IN) (*)

Trong mp(SAJ) ké AH L SJ,(H € SJ) (1)

+ Theo giai thiét ta c6:
(SAB) L (ABC)
(SAC) L (ABC)

}: SA L (ABC) = SA L IN (**)

T (*), (**) taco: IN L (SA4J)= IN 1L AH (2).
Tw (1), (2)tacé: AH L (SIN)= d(AB,SN)= AH .
+ Ta cé: ((SBC),(ABC)) = SBA=60° = SA= AB.tan60° = 2a~3; AJ =Bl =a.

. 1 /12
+ Xét tam giac vuéng SAJ co: 12= 12+ 12= 32:>AH=a. —.
AH® S4° AJ° 12a 13
A1
Vay d(AB,SN) = AH =< 135 0
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Cau 142. Cho hinh chép tir giac déu S.4BCD c6 cac mit bén 1a cac tam giac déu canh 24 . Tinh khoang cach
tr S dén mat phing (ABCD) .

A. 2a\/§. B. 2a. C. aﬁ. D. a.
Loi giai:

Cho hinh chép tir giac déu S.4BCD c6 cac mit bén 1a cac tam
giac déu canh 24 .

Goi O 1a giao diém AC va BD nén SO vudng goc (ABCD)
(tinh chit hinh chép déu)

ABCD la hinh vuong canh 2a = AC = 2ax/§

SO* = 54> ~ 40" = (2’ ~(av2) =24
= S0 =a\2

CAu 143. Cho hinh chép S.4BCD c6 ddy ABCD la hinh vudng canh a, SA=a+f3, S4 1L (ABCD). Tinh
khoang cach tir 4 dén mit phang (SBC).
A. % 2 a3

Loi giai:

c
Tacé BC L SAvaBC 1 ABnén BC L (SAB) = (SBC)L(S4B).

Mit khac (SBC)N(S4B)=SB.Dodo tir A ké AH 1. SB = AH 1 (SBC)
hay AH = d(A, (SBC)). Trong tam gidc vudng SAB ta co
1 11 1 1 _ 4

= -|— +_ _
AH? SA*> AB* 34 4 34’

a3

Vay AH =——.
ay >
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Cau 144. Cho hinh lang try ding ABC.A'B'C'. Canh bén AA'=a, ABC la tam giac vudng tai 4 co
BC =2a, AB =a+/3 . Tinh khodng cach tir dinh 4 dén mat phing (A'BC).

A. a\ﬁ' B. a\/i. C. a\/ﬁ. D.M.

21 21 7 7
Loi giai:

A’ C’
Lang tru dtng ABC.A'B'C’' c6 day ABC la tam giac vudng tai A \
BC=2a, AB=a\3= AC=a. 4
khoang cach tir dinh 4 dén mit phang (4'BC)la ™
1 1 1 1 1 1 1 7

2 PR e e R S e H

AH" AAY AB° AC° a 3a” a  3a 4
av21

d(A,(A'BC)) = AH = 7

Cau 145. Cho hinh chop S.ABCD c6 day ABCD 1a hinh vudng canh a, mat bén SAB 1a tam giac déu va
nam trong mit phang vudéng goc v6i mit phang day. Tinh khoang cach A tir diém 4 dén mit phang

(SCD).

A p=2L B.h=a. cw:ﬁ. D.h=&.
7 4 7

Loi giai:

Goi M va F 14 trung diém AB, CD

(S4B) L (ABCD)
o LB = SM L (ABCD)
SM =a£
2
MF =a
AB//CD A
B (SCD) = AB//(SCD) = d(A,(SCD)) = d(M,(SCD)) =h
11 1 av21
o e T
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Cau 146. Cho hinh 1ap phuong ABCD.A'B'C'D' ¢6 canh bang a. Khoang cach tir diém B dén mit phang

(AD'B') bang
A OB B. V2. c. e D. a
3 2 3
Loi giai:
g A a B
Goi 0, O' lan luot 14 tAm cta hinh vudng D IO C p
ABCD va A'B'C'D'. *
Tacd BO// B'O'<(A4B'D') = BO//(AB'D'). a
Dung OK 1 AO',taco
BD' LAC .
= B'D' L (A4'C'C)> OK
B'D' 1 AA'
—~ BD' LOK . : B
= OK L(A4B'D'). ‘ 0"
D’ C’
=d(B,(4B'D')) =d(0,(4B'D")) =OK .
Xét AAOO' vudng tai O c¢6 OK la dudng cao.
1 1
= 12: 12+ 1,2: 2+—2:%:>0K=&.
OK* 04> 00 [aﬁ] @ a 3
2

Cau 147. Cho hinh chép S.4BCD c6 day la hinh vudng tdim O canh a, SO vudng goc véi miat phing
(ABCD) va SO = a. Tinh khoang cach giita SC va AB.

A. 2“‘6. AL C. 2“‘6. D. &.
5 5 15 15
Loi giai:

Goi M 1atrung diém CD; H 1a hinh chiéu vudng goc cia O 1én SM .
Taco d(AB,SC)=d(A4B,(SCD))=d(4,(SCD))=2d(0,(SCD))=20H .

Xét tam gidc SMO vudng tai O co6: ! - = ! -+ 12 :i2+i2:iz:>0}[:a\/§_
OH- OM~- OS° a a a
2
Vay d(4B,SC)= “S‘B.
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Cau 148. Cho hinh chop S.ABCD c6 day ABCD 1la hinh vudng canh a, canh S4 =a va vudng goc voi mat
déy (ABCD). Tinh khoang cach giita hai dudng thing SC va BD.

JNERE ALY c.2. p, Y6
4 3 2 6

Loi giai:

SA 1 (ABCD)=> S4 L BD

= BD 1 (SA4C)
AC L BD

Taco6 ACNBD=0

OH 1 SC

OH c(SAC)= OH 1 BD

Vay OH 1a doan vudng géc chung ciia BD va SC.

—  AC SA _aZ.a a6

d — OH = OC.sinHCO = OC.sinDCA = 2= 22 _ =
2 °SC 243 6

(SC,DB)

Cau 149. Cho hinh lang try dung ABC.A'B'C' c6 day ABC la tam giac vudng, BA= BC =a, canh bén
AA'=a~J2, M 1a trung diém ciia BC . Tinh khodng c4ch giita hai dwong thing AM va B'C.

A S92 B, 43 c. o5 p. &7
2 3 5 7
Loi giai:
Phwong phap 2 xac dinh khoang cach giira 2 duwong chéo nhau
Buéec 1: dung mit phing song song A c

Goi D 1a trung diém BB’
taco MD//B'C = (AMD)//B'C
Budre 2: ti 1€ khoang cach

d

(4M,B'C)

=d

(5. ()

ABC la tam giac vuong, BA=BC=a = B =90

Bi kip: cong thirc tam di€én vuong
(3 dwong doéi 1 vudng géc nhau)

11 11 a7

—= + + =>h=
h* BA* BM* BD? 7
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Luyén tap twong tw

Cho hinh lang try dimg ABC.4'B'C" ¢6 ddy ABC la tam gidc vudng, B4 =BC=a, canh bén
AA'=2a, M latrung diém cia BC . Khoang cach giira hai duong thang AM va B'C bang

A. “‘5. B. “‘E. c. 9> D. “‘@
2 3 5 6
Loi gii
Chon D
Bl
S 7

Goi N la trung diém BB’ nén MN//B'C = d(AM;B'C)=d(B'C;(AMN)) =d(C;(AMN))

=d(B;(AMN)).

Goi H 14 hinh chiéu cia B 1én (AMN), do tit dién B.AMN la tir dién vuéng dinh B nén
11t 11 41 6

BH?> BA* BM* BN’ & d o d

Vay BH =¥.
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Cau 150. Chp hinh chop S.ABCD c6 ddy ABCD 1a hinh chit nhat, 543 =a, BC =2a, SA vudong goc vdi mit
phang day va S4 = a. Tinh khodng céach gifra hai duong thing AC va SB.
o oo B. 2. c. 2. D. 2.
2 3 2 3
Loi giai:

Phwong phap 2 xac dinh khoang cach giira 2 duwong chéo nhau

S

Budre 1: ké duong thang d di qua B va song song AC
Budc 2: ké AE vuong goc xuong duodng d.
Buwdc 3: Ké AH vuong goc SE.

Ta o AC//(SBE)= diic o= 1e (saey = aisey = AH =

1t
h*  AE*  SA? E
SA=a
AE:d(D,AC):k
i_ 1 N 11 N 1
k* AD* DC* AD* 4B’
suy ra —2=i2+i2+%=12:>h=—a
h® a a 4da da 3

Bi kip: cong thirc tam di€én vudéng ( 3 duwong doi 1 vuéng goc nhau)
11 . 1 . 1
* SA” AB® 4D’

d

(4C,SB)

—- HET ---
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BAI TAP TRAC NGHIEM 1.5.2019

1. Cho hinh chép S.4BC ¢6 canh SA4 vudng gbc v6i mit phang (ABC), biét AB=AC=a,
BC = a3 . Tinh géc giita hai mit phing (S4B) va (S4C).
A. 30°. B. 150°. C. 60°. D. 120°.
Loi giai
Chon D

A
Vi S4 L (ABC) nén SA L AB va SA L AC.

(SAB)(SAC) = 54
ta co: {54 L AB = ((548),(54C)) = (4B, 4C) = BaC
SALAC

2
— 2 2 _ 2 at+a* - ax/g
Xét AABC ¢b6 cosBAC = AB"+AC —BC = ( )
2.AB.AC 2.a.a

Vay (($4B).(SAC))=120°.

=—% — BAC =120°.

2. Cho hinh chép S.4BC ¢6 SA vudng gbée véi mit phing (ABC) va ddy la tam gidc vudng tai B,
AB=SA=a.Goi H 14 hinh chiéu cia 4 trén SB . Khoang cach giita 4H va BC bang:
A 82 B.a. c.l. p, 3.
-2 2 2
Loi gidi
Chon A .

Ta c6 AH | SB (nén AH L HB).
BC 1 4B
BC 1S4

Do do, d(BC,AH)=HB. 4 c

}:BCL(SAB):BCLAH (nén BC L BH).

Tam gidc SAB vuong cantai 4, AH la dudng cao

SB _\/az+a2 _a
2

= BH =— —.
2 NG ’

Vay d(BC, AH)

-5
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3. Cho hinh chép S.ABC c6 SA, SB, SC tao voi mit day cic gbc bang nhau va bang 60°. Biét
BC =a, BAC = 45°. Tinh khodng cach # tir dinh S dén mit phing (4BC).

a\/g _ Cl\/g a

A. h=a~6. B. h= . C.h . . .

Loi giai

Chon B

Goi H 1a hinh chiéu vudng goc ciia S 1én (ABC), suy ra

d(S,(ABC))=SH va SAH = SBH = SCH = 60°
= HA=HB=HC.
Do d6 H 1a tam duong tron ngoai tiép tam giac ABC .

Xét AABC, c6: B — oA = HA=-L |

sin A4 NG

Xét ASAH vudng tai H,

c6 SH = AH tan SAH = —— 3 = a26 .

V2
4. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh chir nhat,
AB=a2, AD=a, S4 vudng goc v&i diy va SA=a. Tinh goc gitta SC va (SAB).
A. 90°. B. 60°. C. 45°. D. 30°.
Loi giai
Chon D

 (BC L 4B e .
co: = SA 1 (SAB)=> SB 14 hinh chiéu vuéng goc ciia SC 1én

BC 1 54
(S4B) = (SC,(S4B)) = CSB.

Tam gidc SAB vudng tai A c6: SB=~/SA" + AB* = a3 .

Tam giac SBC vudng tai B co: tanC/'S\B=§—§=L:> CSB =30°.

N
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5. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vudng canh a, canh S4 =a va vudng goc voi mat
déy (ABCD). Khoang c4ch giira hai duong thing SC va BD bing

NEAER B, 6. c.Z p, 46
4 3 2 -6
Loi giai
Chon D

Do BD 1 AC va BD L S4 nén BD 1 (SAC).
Trong mit phang (SAC) dung OH L1 SC tai H.

= OH 1a duong vudng gbéc chung cia BD va SC.
Goi I 1a trung diém SC . Tam giac OIC vudng tai O c6 duong cao OH .

Taco ——=— s — o =29 _ a6,
OH® o0OI° oC Jor* + 0C? 6
6. Cho tir dién déu ABCD canh a . Tinh khoang cach giira hai dudng thing 4B va CD

A aV2. B.Z. C.a. D. a2

2 2

Huwéng din giai
Chon D A
N
B D
M
C

Goi M 1a trung diém cia CD.
Qua M ké dudng thing vudng goc véi AB cit AB taitrung diém N (AAMN cantai M)

Suyra d(4B,CD)=MN =~/BM* - BN’ =\/{£j —(EJZ _aV2

2 2 2
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7. Cho hinh lang try dtrng ABC.A'B'C’ ¢6 day ABC la tam giac vuoéng tai B, AB=a, AA'=2a. Tinh
khoang cach tir diém A4 dén mit phang (A'BC).

A. 2434 B. 2‘5". C. @. D. 3‘5".
5 5 5
Loi giai
Chon B A C'
Dung AH 1 A'B.
. BC 1 4B , 7S
Ta c6 = BC L (A'4B) = BC L AH
BC L AA’ :
Vay AH L (A'BC)=>d(4,(4'BC))=AH . H
A QT - oo
1 1 1
Xét tam gidc vuong A'AB co = +
8 8 AH®  AA?  AB®
e AH - AA' . AB _ 2a.a :2\/§a'
VAA? + 4B Ad +d> 5
8. Cho chop S.ABC cb SA vudbng goc véi day, tam giac 4BC vudng tai B. Biét S4A= AB = BC .
Tinh goc giita duong thang SB va mit phing (SA C ) .
A. 30°. B. 45°. C. 60°. D. arccos%.

Loi gidi
Chgn A

Goi I 1a trung diém cia AC = BI 1 AC (vi AABC
vudng can tai A4). (1)

Mgt khac: S4 L BI (vi S4 L(4BC)) (2)

Tu (1) va (2), suyra: Bl 1(S4C).

= SI 1a hinh chiéu cia SB 1én (SAC).

L —

= (SB,(SAC)) = (SB,SI) = BSI .

Xét ABSI vudng tai [, ta co:

AB2
sinBsi=2L-—2  _1 55 300
SB  ABJ2 2

Truong THPT Hai Ba Trung — Hué Trang 62/81



10.

Cho hinh chép S.ABCD c6 day la hinh thang vudng tai 4 va D; SD vudng goéc véi mat day
(ABCD); AD=2a; SD = a~/2. Tinh khodng cach giita duong thang CD va mit phang (S4B ) .

2a a a3
A =, B. ——. C. a\2. p. 2.
ERNC V2 3
Loi giai
Chgn A

Goi H 1 hinh chiéu vudng gboc cua D trén SA . Khi d6 ta co:
AB 1 AD
AB 1 SD

DH 1 AB
DH 1 S4

Tacd CD//(SAB) = d(CD,(SAB))=d(D,(S4B))
SD.AD  2av2

= AB 1 (SDA) = AB 1 DH ;

= DH 1 (SAB).

Cho hinh chép S.4BC trong d6 SA, AB, BC vudng gbc v6i nhau timg doi mot. Biét
SA=a\3, AB=a</3. Tinh khoang cach tir diém 4 dén mit phing (SBC) )

A 82 g, 205, .43, D. a6
3 5 2 2
Huwéng din giai

Chon D

s

4 c

B

Ha AH 1 SB.

Ta ¢6 BCLSA vi BCLAB nén BCL(SAB)=BC L AH do d6 AH L(SBC) hay
AH =d(4;(SBC)).

12: 12+ 12: 12+ 12:>AH=a
AH SA° AB 3a® 3a

Khi d6

6
S
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11.

12.

Cho hinh chép S.ABCD ¢6 SA=a, SB=2a, SC =3a, ASB=BSC =60°, CSA=90°. Goi I
goc giita hai duong thing SA va BC. Tinh cosa .

A. cosa:—7. B. cosaz——7. C. cosa=0. D. cosa=g.
7 7 3
Loi gidi

Chgn A

cosa =‘cos(Sj,FC) = ‘S—AB—C‘ - ‘S—A'(ﬁ_S—B)‘

SA.BC SA.BC
~ \SA-SC - SA-SB\ _ |S4.8C.cos90°~SA.SB.cos60°| 7
B B g c
S4.BC ax4a* +9a* —2.2a3a.c0s60° 7

Cho hinh chép S.ABCD c6 day 1a hinh vudng canh a . Biét S4 vudng goc voi day va SA =a. Tinh
khoang cach tir diém 4 dén mp(SBD).

A2 B. —. c. 2. D. “‘E.
NG NG} 23 6
Loi giai
Chon B

Goi O 1a giao diém cua AC va BD.
. [BD L AC ‘
Ta co{ | s = BD 1 (SAC), BD < (SBD) = (SBD) L (SAC) va (SAC)N(SBD)= SO

Trong mit phing (SAC), ké AH L SO thi AH 1 (SBD) = AH =d(A4,(SBD)).
Mat khac

: : 1
Tam gide SAO vudngtai A c6 Od=—AC=—=, Sd=a va 1 7= 12+ 12
2 2 AH- S4° 0A
NENTER
AH® a° a° a NG
a
Vay d(A,(SBD))=—.
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13.

14.

Cho tir dién ABCD c6 tam gidc BCD déu canh a, AB vudng goc v6i mp(BCD), AB=2a. M 1a
trung diém doan 4D, goi ¢ 1a goc gitta CM véi mp(BCD). khi dé:

243 32 J6

V3
A. tangp=—. B. tangp =——. C. tanp =——. D. tanp =—.
Q > o} Q 3 Q > Q 3

Loi gidi.
Chon B

Goi N la trung diém BC.

Ta ¢ goc gitta CM véi mp(BCD) béng goe MCN .

+MN=%=G.

f

+CN =——

. MN 23
Viy tang = =a. = .
CN a3 3

Hinh chop S.ABCD c6 ddy la hinh thoi canh @, goc BAC =60° ,S4 vuong goc v6i mp(ABCD)
géc gitta hai mét phang (SBC) va (ABCD) bang 60°. Khoang cach tir 4 dén mp(SBC) bang:

A. “‘6. B. 2a. c D. a.
3 4
Loi giai.
Chon C

+ ABCD 14 hinh thoi, goc BAC =60° nén ta c6 tam gidc
ABC déu.

+ Goi M la trung diém BC ta c6 goc gitta (SBC) va day

(ABCD) bing goc SMA = 60"

+ Goi H 14 hinh chiéu vudng goc ciia 4 1én SM ta co:

= BC 1 (SAM )= BC L 4AH .

N BC 1 54
BC 1 AM

Laico: AH L SM = AH 1 (SBC)=> d(A,(SBC))=4H .

+AM—iA—H:sin60°:£:>AH ii:?’_a
2 AM 2 2 2 4
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15. Cho hinh chép S.ABC c6 SA4, SB, SC d61 mdt vuong goc voi nhau va SA=SB=SC=a.Goi M
14 trung diém cia 4B . Tinh goc giita hai dwong thing SM va BC.
A. 60°. B. 30°. C. 90°. D. 120°.
Loi giai
Chgn A

Goi N la trung diém cia AC . Khi d6 goc giita SM va BC
bang goc giita SM va MN .

Ta co:

) AB=BC=CA

SM = %AB (trung tuyén trong tam giac vudng tng véi canh

huyén).
1 , B
"1 SN = EAC (trung tuyén trong tam gidc vudng ung voi canh
huyén). M
[]MN:%BC. A
Suyra SM = MN = SN hay tam gidc SUN déu. Do d6 (SM/B\C) — SMN = 60° .
16.  Cho hinh chép 5.4BCD c6 ddy ABCD Ia hinh vuong canh a. S4 1 (ABCD) N
va SA = a~[3 . Khi d6 khoéang cach tir diém B dén mit phing (SAC) bing
C
A. d(B,(54C))=a. B. d(B,(SAC))=a2.
A B
C. d(B,(54C))=2a. D. d(B,(54C))=-F.
2
Loi giai
Chon D

Goi O 1a tam hinh vuéng ABCD .
) {BO 14cC
Ta co:

= BO L (SAC)
BO L 54

= d(B,(S4C)) = BO = “f .
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17. Cho hinh chép tir giac déu S.ABCD co tit ca cac canh bing a.
Goi M 1a diém trén doan SD sao cho SM =2MD .Tan gbc gitra
dudng thing BM va mit phing (4BCD) I

AL B.ﬁ.

3 5
c. B3 L

3 5
Chon D
Ta cb BD:aﬁ:ODza‘f.

2
Xét tam gitc SOD vuong tai O ¢6: SO =SD* —0D” = |d° —(“fj - “‘2/5.
Ké MH L BD tai H nén (BM;(ABCD))=MBH
Do MH 1 BD = MH J/ SO . Ta co ML _MD _HD 1
SO SD OD 3

:MH:%:“‘E va HD=§0D=a\6/§ :>BH=BD—HD=a\f—a62 =5af.

Xét tam gidc BHM vuong tai H co:

—  MH 1
tan(BM;(ABCD))= MBH == = tan (BM ;( ABCD)) =5
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18.

19.

Cho hinh chop S.4BCD c6 day la hinh vuéng canh a, SA L (ABCD) va S4= a\/g Goi «a 1a goc

tao boi gifta duong thing SB va mit phiang (SAC), khi d6 o théa man hé thirc ndo sau day:

A. cosa:—z. B. sina=—2. C.sina=—-. D. cosa=—.
8 8 4

Chon C

Goi O latam cua ddy ABCD.
Tac6 BO L AC va BO LS4 nén SO Ia hinh chiéu cua SB trén (SAC).

Suy ra a=BSO.

. 2
Laico BO=a\2/§, SB=+SA*+ AB* =2a.Suyra sma:l;—g:%.

Cho hinh chép S.ABCD cé day la hinh vudng canh a. SA vudng gbc v4i mit phang (ABCD) va
SA=aJ6 (hinh v&). Goi « 1a goc giita duong thang SB va mit phang (SAC ) Tinh sina ta dugc
két qua la

A.L. B.ﬁ. Ay D. L.
J14 2 2 5
Loi giai
Chgn A

Goi O 1a tdm hinh vuéng ABCD thi BO L (SAC)

— o= (SB,(54C)) = BSO .

a2
. . BO 2 1
Ta co SBza\ﬁ,sma: = = .
SB a7 14
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20.

21.

Cho hinh chép S.4BCD c6 cac canh bén bang nhau va bang 24, day 1a hinh chit nhat ABCD c6
AB=2a, AD=a. Goi K la diém thudc BC sao cho 3BK +2CK = 0. Tinh khoang cach giita hai
duong thang 4D va SK .

A 165 ' B. 165 ' C. 135 ' D. 135 '
15 - 15 15 15
Loi gidi
Chon B

Goi O la tAm cua hinh chit nhat ABCD thi SO la chiéu cao cta hinh chép S.ABCD .

2
SO =~SA —OA" = |4a> -2~ = aVil .

4 2
Do SK c (SBC ) ma BC//AD nén khoang cach giita hai duong thing AD va SK la khoang cach

giita duong thing AD va mit phang (SBC) khong phu thudc SK .

a15

Goi 7, M 1an luot 1a trung diém ctia BC, AD suyra SI =+/SO* +0I* = S

Trong tam gidc SMI dung duong cao MH thi MH 1 khoang céch can tim.
SOMI  2a+165
SI 15

Ta c6: MH.SI = SO.MI < MH =

Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh a, SA vudng goc voi day, S4 = a3
Khoang cach giira hai duong thing SB va CD la

A.&. B. <. C.a\3. D.a.
2 2
Loi giai
Chon D

Ta ¢6: BC L (SAB) = BC L SB va BC L DC.

Do d6, BC chinh 1a doan vudng goc chung ciia hai dudng thing SB va DC .
Nén khoang cach giira hai duong thing SB va DC1a BC=a.
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22.

23.

Cho hinh chép S.ABCD déu c6 AB=2a, SO=a v6i O la giao diém cia AC va BD. Khoang
cach tir O dén mt phiang (SCD) bang

A. & D. “‘6.
2 - 2
Chon D

CD L OM
' { = CD L (SOM) = (SCD) L SOM .

Goi M la trung diém cua canh CD, ta c6
CD 1 50
Trong mit phang (SOM ) ké OH L SM , (H e SM) thi OH 1a khoang cach tir diém O dén mit
phing (SCD).
1 1 1 1
)

2
P = 2+ 5 = + =_2:>0H: .
OH oM~ SO a- a a 2

Cho hinh chop S.ABCD c6 day ABCD 1a hinh chit nhat, 4B =2a, AD =a. SA vudng goc voi mat
phing day. S4 = a~f3 . Cosin cua goc gitta SC va mit day bang

Ta co iz 2 4

A. ﬁ B. _“7_ D. _"10
4 4 =4
Chon D

B :
Hinh chiéu cia SC 1én (ABCD) la AC

Do dé [m] —SCA

Taco AC = AB* + AD? =J4a* +a* = aJ5 = SC =242
AC_ a\E _\/E

SC 2a2 4

Trong tam giac vuéng SAC : cos SCA =
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24. Cho hinh chép S.ABC c6 tam gidc ABC vudng cantai B, AB=BC=a, SA=a\3, SA L (4BC).
Géc gilta hai mat phang (SBC) va (4BC) 1a
A. 45°. B. 60°. C. 90°. D. 30°.

Loi giai

Chon B

Ta c6 BC 1 (SAB) = BC 1 SA. Géc giita hai mit phing (SBC) va (ABC) 1a goc SBA.

‘[an§B71=ﬁ =& =\/§:>§BT4=600.
AB a
25. Cho hinh chép SABCD c6 ddy ABCD 1a hinh thoi canh 2a, ADC =60°. Goi O 14 giao diém cua
AC va BD, SO L(ABCD) va SO =a. Géc giita duong thang SD va mit phing (ABCD) béng
A. 60°. B. 75°. C. 30°. D. 45°.
Loi giai
Chon C

Ta ¢6 ABCD la hinh thoi canh 24, va ADC = 60° nén AACD déuva OD = 2“'2‘5 —a\3.

Géc gilta dudng thing SD va mit phang (ABCD) la SDO va tan SDO = g—g L

suy ra
b5 Y

SDO =30°.
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26.

27.

Cho hinh lang try tam gidc déu ABC.4'B'C' c6 tit ca cac canh bang a . Khoang cach tir 4 dén mat
phing (A'BC) bing

A. “‘6. B. “‘@ C. “ﬁ. D.&.
2 4 7 4
Loi giai
Chon C
B
Goi M la trung diém cia BC, H 13 hinh chiéu ciia 4 trén A'M taco:
BC 1 AM ‘ ,
= BC L (AA'M ) ma AH < (AA'M )= BC L AH .
BC 1 AA'
AH 1 BC )
= AH 1 (A'BC) nén d(A4,(A'BC))= AH
AH L AM
a 761\/5
Trong tam giac AA'M vudng tai A c6 AH = AM AL _ 2 = a2l :
VAM? + 447 \/ [aﬁjz 7
2
“CH

Cho hinh chép S.ABCD c6 day 1a hinh chit nhat, 4B = a2 , AD=a va S4 L (ABCD) .Goi M 1a
trung diém cia doan thang 4B (tham khao hinh v&). Goc giita hai mit phing (SAC) va (SDM)

bang
S

D C
A. 45°. B. 60°. C. 30°.
Loi giai
Chon D
Goi N=ACNDM . Taco A—M:A—D:Q, do do hai tam giac
BC AB 2

ABC va DAM ddng dang, suy ra AMN + MAN = 90°.
Vay AC L DM = DM L (SAC) ma DM c (SDM )

nén goc gifta hai mit phing (SAC) va (SDM) 1a 90°.
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28.

29.

Cho hinh chép tir giac déu S.ABCD c6 canh day bang a . Goc giita canh bén va mit phang day bang
60°. Tinh khoang c4ch tir dinh S dén mit phing (4BCD).

A V2. B. “‘@ c. 93 C.a.
2 2
Loi giai
Chon B

Trong (ABCD) goi O la giao diém cia AC va BD.

Ta co: SO L (ABCD).

= d(S,(4BCD))=S0.

Ta lai c6: OB 1a hinh chiéu cia SB 1én mit phang (4BCD)

— (SB,(4BCD))=(SB,0B)= SBO = 60°.

V2 a/6

Xét ASOB vudng tai O, ta co: SO = OB.tan SBO :aT.tan60° ==

_al6

Vay d(S,(ABCD))= 26 .

Cho hinh chép S.ABC c6 day la tam gidc vudng can tai B, AB=2a. Biét SA vudng goc véi day
(ABC) (Hinh tham khao). Khoang c4ch tir diém B dén mit phang (S4C) bang

S
A C
B
A. 2a. B. % C. 2a. D. “‘5.
2 2
Loi giai

Chon C

Ta ¢6: AC =22a.Goi M 1a trung diém AC .
) {BMLAC
Ta co:

gy = BM L(540) = d(B,(SAC))=BM _AC_ ..
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30.

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh chit nhdt AB=a, AD = a3 . Canh bén S4 vudng
gbc véi ddy va SA =2a . Tinh khoang cach d tirdiém C dén mit phing (SBD).

2a\/§ B a\/g a\/ﬁ

A.d=2020 B.d=2% C.d . D.
19 J5 2 19

Goi H 1a hinh chiéu ca 4 1én BD.
Goi K 1a hinh chiéu cia A4 1én SH . Suyra AK 1 (SBD) tai K nén d(A4,(SBD))=AK .
Tam giac ABD vudng tai A c6 AH 1L BD

= 12: 12+ 12:%+ ! 2<:>161H2='7’—a<:>1alH=M
AH® AB° AD” a (a\/g) 4 2
Tam giac SAH vudng tai A c6 AK | SH
1 1 1 ?
S—s=—5+—5= 12+ ! ~ = 192<:>AK2=12a @AKzza\/ﬁ.
AK® SA~ AH (2a) [a\/gj 12a 19 19
2

d(A,(SBD
Goi I=ACABD < I=ACA(SBD) = (4(SBD)) _ 14

———— % =—"_Ma ABCD Ila hinh chir nhat nén
d(C.(SBD)) IC
[ 14 trung di€ém AC nén % =1nén d(C,(SBD))=d(4,(SBD))= 2“;? :
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31.

32.

Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudng, SA vudng géc véi mat day (tham khao hinh
v& bén). Goc gifra hai mit phing (SCD) va (ABCD) bang

S

A. Géc SDA . B. Goc SCA. C. Goc SCB. D. Géc ASD.
Loi giai
Chgn A
CD L (SAD) _
' = ((4BCD),(SCD))=SDA.
(ABCD)N(SCD)=CD

Cho hinh chép S.ABCD c6 day la hinh vudng canh bang a, S4 vudng goéc v6i mit phing
(ABCD). Biét goc gitta SC va mit phang (4ABCD) bang 60°. Tinh khoang cach 4 tir B dén mat
phing (SCD).

a~42

7

A. “510. B. av2. C.a. D.

Loi gidi
Chon D

Ta cd AB//(SCD) nén h=d(B,(SCD))=d(A,(SCD))=AH
Vi CD 1 (SAD) = (SCD) L (SAD) theo giao tuyén SD, dung AH L SD=> AH L (SCD).
Theo d& goc gitta SC va miit phing (ABCD) bing 60° nén SCA = 60°.

SA
Ta c6: tan60°=—— = S4 = a6
AC f

Va

12: 12+ l2 P 42'
AH® S4° AD 7
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33. Cho hinh lap phuong ABCD.A'B'C'D’ c6 canh bang a~/2 tinh khoang cach cua hai dudng thing

CC' va BD.
2
A. a\/_' B. a\/E' C. a. D. a\/i.
2 3
Loi giai
Chon C
A! D.!
|
B' | C’
|
|
|
|
/A)c\— i D
7 =~
2 == o
B C

OoC 1L BD

oc.LccC

— OC la khoang céach ctia hai duong thang CC’ va BD

Ma ABCD 14 hinh vuéng ¢6 canh bing a2 = AC=2a= 0C=a.

Ta ¢6 vi ABCD.A'B'C'D' = {

34. Cho hinh chép S.4BCD, déy ABCD la hinh vudng canh a va SA L(ABCD). Biét S4 :é.
Goc gitra SC va (ABCD) la:
A. 45°. B. 30°. C. 75°. D. 60°.
Loi giai
Chon B
Ta c6: SA L(ABCD).
Do d6 AC 1a hinh chiéu ciia SC 1én (4BCD).
= (SC,(ABCD)) =(SC,AC) = SCA.
a6
Xét tam gidc SAC vudng tai 4 co ‘[an§§4=ﬁz 3 =£.
AC a2 3
= SCA=30°.
Vay goc giita SC va (ABCD) 1a 30°.
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35.

Cho hinh chép S.ABCD c6 ddy ABCD 1la hinh vudng canh a c6 S4 L (ABCD) va SA=av2. Goi
M latrung diém SB. Tinh tan goc giita dwdng thing DM va (ABCD) .

A.ﬁ. B.Q. C.z. D.@.
5 5 5 -5

Chon D

Goi N la trung diém AB .
a2

2

Ta c6: MN la dudng trung binh cia ASAB nén MN//SA va MN =%SA =
Lai co: SA L (A4BCD).

Do d6 MN L (ABCD) (1).

Suyra MN L DN .

Ta co: N 14 hinh chiéu vudng goc cia M 1én (ABCD) (do (1)) va D 14 hinh chiéu vudng goc cta
D lén (ABCD).

Suyra (DM;(ABCD))=(DM;ND) = MDN (MDN nhon vi AMND vuéng tai N ).

\/g .

Ta c6: DN =~ AD* + AN*? :aT

Xét AMND vuodng tai N, co:

tan MDN :M =@.
DN 5
Jio
rat

Vay tan(DM;(ABCD)) =
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36. Cho hinh lap phuong ABCD.A'B'C'D' ¢6 canh 1a a >0 . Khi d6, khoang cach giita hai duong thing
chéo nhau AB' va BC' la

2
A O¥3 B. av3 C. i p. Y6
2 3 3 3
Loi gidi
Chon B
By o
A D
BiJ:" ------------------- -
- &
;’; D

T 4

Goi O la tam hinh vuéng ABCD . Trong mit phing (ACC'A') ,ké CH L C'O tai H,

ma CH L BD (do BD L(ACC'4’))nén CH L(C'BD)=d(C;C'BD)=CH

Ta co: AB'//(C'BD) = d(AB',BC")=d (AB',(C'BD))=d(A4,(C'BD))=d(C,(C'BD))=CH
Xét A C'CO vudng tai C, duong cao CH :

1 1 1
2 = >t Q:%:CH:Q_
CH* CO* CC"” a 3
37. Cho tir dién ABCD c6 tat ca cac canh déu bang a > 0. Khi d6 khoang cach tir dinh 4 dén
mp(BCD) bang
A. “‘/g. B 43 ALY D. “‘/5.
3 3 3 3
Loi giai
Chgn A

Goi O la trong tdm tam giac BCD = AO L (BCD)= d(A;(BCD)) =A0.
Goi I 1a trung diém CD.

2 a\/g

Ta co: BO=§BI=T, A0 =\ AB* - BO? =

_ a6
-

av6
-

Vay d(A;(BCD)) =
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38. Cho hinh 1ap phuong ABCD.A'B'C'D' . Goi O' la trung diém cua cia A'C'. Tinh tana véi a la
goc tao boi BO' va mat phang (ABCD).

2
A 3. B. 2. C. 1. D.%.
Loi giai
Chon B
C B
D ; g
(’,:..::_____?*i _____ = nh B
l il
D' A

Dit canh hinh 1ap phuong bang a.
Ta co (m) = (m))
Ta c6 O'B' la hinh chiéu cua BO' trén (4'B'C'D)
=(BO'(4BCD)) =(BO,BO') =BOB =0, tma=— =L = 2.
OB a
V2
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39. Cho hinh chép tir giac déu S.ABCD , ¢6 ddy ABCD 1a hinh vudng, canh bén bang canh day va bang
a.Goi M 14 trung diém cta SC . Géc gilta hai mat phang (MBD) va (ABCD) bing

A. 90°. B. 30°. C. 45°. D. 60°.
Loi giai
Chgn C
s

Goi O la tam hinh vuéng ABCD, Ta co6:

BD 1 SO
= BD 1 (SOC) = BD L OM .

BD L AC

(MBD)(ABCD) = BD
" {BDLOM = ((MBD),(4BCD)) =(0M.0C) = MOC .

BD LOC
1 OM =MC =% =%:>AMOC cn tai M ; 00:“?.

a2
' costi0C =cos 100 = 2C -2 2 jige _use
SC a 2

Vay ((MBD),(4BCD)) = 45°.
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40. Hinh chép S.4BCD day hinh vudng canh a, SA L (ABCD); SA = a~/3 . Khoang céch tr B dén
mit phing (SCD) bing:
A a3 5.%. C. 2a\3. D.#.
Loi gidi

Ta co: AB// (SCD) = d(B,(SCD))=d(4,(SCD)).

Ké AH L SD (1).

CD 1S4, CD L AD = CD 1 (SAD)> AH = CD L AH (2).
Tir (1), (2) taco: AH L (SCD) = d(A,(SCD))=AH .

1 1 1 3a> a3

Trong tam gidc vudng SAD: —— =—+—— > AH’ =— = AH =——.
AH SA°  AD 4 2
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