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BUONG THANG VA [TIAJGINTe
TRONG KHONG GIAN. QU

SONG

PAI CUONG VE DUGNG THANG VA MAT
PHANG

I KiEN THOC CAN NHO e,

1. Cac dinh nghia, khai niém cd ban

(¢ Mit phing

® PéE bicu dién mit phang, ngudi ta ding hinh binh hanh hay mot mién géc

£ {

Ki hiéu (P) hoac mp(P) Ki hiéu (o) hodac mp(cr)

@ Ba cich xdc dinh mot mit phang

— Mot mit phang dugdc xac dinh néu biét n6 di qua ba diém A, B,C khong thiang hang
clia mit phang, ki hiéu (ABC).

Noi Pau Cé Y Chi & P6 Cé Con Pudng

— Mot mit phang dudc xac dinh néu biét né di qua mot dudng thang d va mot diém A
khong thudc d, ki hiéu (A,d).

— Mbt mit phang dudc xac dinh néu biét né di qua hai dudng thiang a,b cit nhau, ki
hiéu (a,b).
— Mbt mit phang dudc xdc dinh néu biét né di qua hai dudng thang a, b song song, ki

hiéu (a,b) (xét d bai sau).

(¢ Diém thudc mit phang: Cho diém A, B va mit phang ().



Trang@ 1. DAl CUONG VE DUONG THANG VA MAT PHANG -

® Khi A nam trén (o), ta ki hiéu A € (o).

@ Khi B khong nam trén (), ta ki hiéu B ¢ («).

® | D4u hiéu nhan biét A € (o) 1a diém A thuoc mot dudng thang nam trong () |

(¢ Pudng thang nim trong mit phang: Cho dudng thang d va mit phang (o).

® Khi d nam trong (&), taki hiéu d C (o).

@ | DAu hiéu nhan biét d C (@) 1a trén d c6 hai di€ém phan biét thudc (@) |

2. Hinh biéu dién cia mét hinh khéng gian

(& Céan chd y cic quy tic sau:

e Dung nét vé lién dé bi€u dién cho nhiing dudng trong thiy va dung nét dit doan (- - - -) dé

bi€u dién cho nhiing dudng bi che khut.
e Quan hé thudc, song song dudc gitt nguyén. Nghia la

— Néu hinh thyc té di€ém A thudc dudng thang A thi hinh biéu dién phai gif nguyén quan
hé do.

— Néu hinh thyc t& hai dudng thang song song thi hinh biéu dién phai giit nguyén quan
he do.

Gv Ths: Pham Hung Hai

(¢ Hinh biéu dién clia cac mod hinh khong gian thudng gip:

A
S
Al D/
p
B D D b ---4D
///A
B C
C B C
Hinh tt dién Hinh chop tu gidac ddy hinh binh hanh Hinh 1ap phuong, hop chii nhat

3. Hinh chép, hinh t& dién

(¢ Pinh nghia: Cho da gidc AjA»...A, va cho diém S nim ngoai mit phang chia da gidc d6. Nbi S véi
cac dinh A1,A»,...,A, ta dudc n mién da gidc SA1A,,SA»A3,...,SA,_1A,. Hinh g6m n tam giac do
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Trang@ 1. DAl CUONG VE DUONG THANG VA MAT PHANG -

va da giac A1AzA3... A, dudc goi la hinh chop S.A1A2A3...A,.

(&' Cic tén goi

e Diém S goi 1a dinh cda hinh chép.

DPa giac A1A; ... A, goi la mat day cda hinh chop.

Cac doan thang A1As,A»As,...,A,_1A, goi la cic canh

day cua hinh chop.

Cic doan thang SA;,SA»,...,SA, goi la cic canh bén ciia

hinh chop.

Céc mién tam gidc SAjA;,SA»As3,...,SA,_1A, goi 1A cac

mat bén cua hinh chop.
e Néu ddy ctia hinh chép 12 mot mién tam gidc, td gidc, ngil gidc, ... thi hinh chép tuong ting goi

1a hinh chép tam giéc, hinh chép td gidc, hinh chdp ngi giéc,. ..

(¢ Chiy:

e Hinh chop tam giac con dudc goi la hinh td dién.

e Hinh tii dién c6 bén mit 14 nhitng tam gidc déu hay c6 tit ca cac canh bang nhau dudc goi

12 hinh t dién déu.

JE® PHAN LOAI, PHUONG PHAP GIAI TOAN 3o,

B Dang 1.1. Xac dinh giao tuyén ctia hai mat phang cit nhau

Noi Pau Cé Y Chi & P6 Cé Con Pudng

Xic dinh 2 diém chung phén biét. Khi d6 giao tuyén la dudng thang qua hai diém chung dé.

Ta thuong gap mot trong ba loai sau:

® Hai mit phang (o) va (B) c6 sin hai diém chung phan biét. Khi d6 giao tuyén la dudng

thang qua hai diém chung do.
@ Hai mit phang (o) va (B) c6 trudec mot diém chung.

e Aladi€ém chung hay A € (o) N (B).

e Trong (o) tim mot dudng thang d, trong (B) tim mdt dudng thang d sao cho chiing
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Trang@ 1. DAI CUONG VE DUONG THANG VA MAT PHANG JIS

c6 thé cit nhau (dong phang).
Goi B=d;Ndy, suyraB € (o) N (P).

e VayAB= ()N (B).

® Hai mit phang (o) va (B) chua c6 diém chung: Ta tim hai diém chung tuong tu nhu cich

tim diém chung & muc s @.

vidu1 )

©

Cho tii gidgc ABCD sao cho cic canh dbi khong song song véi nhau. S
LAy mot diém S khong thudc mit phang (ABCD). Xac dinh giao tuyén

cua
a) Mit phang (SAC) va mit phang (SBD).
b) Mit phing (SAB) va mit phang (SCD).

¢) Mit phang (SAD) va mit phang (SBC).

-
| Vvidu2 )
©

Cho td dién ABCD. Liy cac diém M thudc canh AB, N thudc canh AC A

Gv Ths: Pham Hung Hai

sao cho MN cit BC. Goi I 1a diém bén trong tam gidc BCD. Tim giao

tuyen cia

a) Mit phang (MNI) va mit phiang (BCD).

b) Mit phang (MNI) va mit phiang (ABD).

¢) Mit phiang (MNI) va mit phang (ACD).
N

vidus )

@ Cho tii dién ABCD. Goi 1, J 1an lugt 12 trung diém céc canh AD, BC.

a) Tim giao tuyén ctia hai mit phang (IBC) va mit phang (JAD).

b) Léy diém M thudc canh AB, N thudc canh AC sao cho M, N khong la trung diém. Tim giao
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-Trang@ 1. DAI CUONG VE DUONG THANG VA MAT PHANG JIS

tuyén ctia mit phang (IBC) va mit phang (DMN).

 vidus )
©
Cho hinh chop S.ABCD c¢6 day la hinh thang c6 canh AB song

song v4i CD. Goi I 1a giao diém cta AD va BC. Ly diém M

thudc canh SC. Tim giao tuyén cta

a) Mit phang (SAC) va mit phang (SBD). g)

9 , ©

b) Mat phang (SAD) va mat phang (SBC). >y

(A

¢) Mit phing (ADM) va mit phang (SBC). C

: 3

| Vidus g )

‘O

O

©O O
Cho hinh chép S.ABCD day la hinh binh hanh tam O. Goi M, N, P S N
1an lugt 1a trung di€m cla canh BC, CD, SA. Tim giao tuyén ctia °O

[ \p—

L

a) (MNP) va (SAB). O

>

b) (MNP) va (SBC). ‘O

O

¢) (MNP) va (SAD). 3

. A

d) (MNP) va (SCD). —

- 0
=

| Vidus )
@ Cho ti dién ABCD, M 1a mot di€ém bén trong tam gidc ABD, N 1a mot diém bén trong tam gidc

ACD. Tim giao tuyén ctia cic cip mit phang sau

a) (AMN) va (BCD). b) (DMN) va (ABC).
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Trang@ 1. DAl CUONG VE DUONG THANG VA MAT PHANG -

B Dang 1.2. Tim giao diém cta dudng thing va mat phing

Mubn tim giao diém clia dudng thang d va mit phang (P), ta c6 hai c6 hai cach 1am nhu sau

(¢ Nhiing bai todn don gian, ta tim trong (P) mot dudng

thang a sao cho a cit d.

Med
e Goi M =dnNa,khi do .
MeacC (P)

o ViyM =dn(P).

(¢ Nhiing bai toan khé tim duong thang a, ta thuc hién cic

budc sau:

e Tim mot mit phing (Q) chiia duong thing d va dé

tim giao tuyén véi (P);
e Tim (Q)N(P) =a.

e TimM =dnNa,suyraM =dN(P).

@© Cho ti dién ABCD. Goi M, N lan lugt la trung diém ctia AC va BC. K la diém nam trén BD
sao cho KD < KB. Tim giao diém ctia CD va AD v6i mijt phang (MNK).

vidu2_ g K

@ Cho t dién ABCD. Trén AB,AC,BD liy lan lugt ba diém M, N, P sao cho MN khong song

Gv Ths: Pham Hung Hai

song véi BC, MP khong song song véi AD. Xac dinh giao diém ctia cac dudng thang BC,AD,CD
véi mit phang (MNP).

\
_vidus |

@© Cho tif dién ABCD. trén AC va AD lay hai diém M, N sao cho MN khong song song véi CD.

Goi O la di€ém bén trong tam gidc (BCD).
a) Tim giao tuyén ctia hai mit phang (OMN) va (BCD).

b) Tim giao di€ém cta BC v6i (OMN).

¢) Tim giao di€ém cta BD v6i (OMN).

.
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Trang@ 1. DAI CUONG VE DUONG THANG VA MAT PHANG JIS

vidus )

@ Cho hinh chép S.ABCD c6 AB va CD khong song song. Goi M 1a mot di€ém thudc mién trong

tam giac SCD.
a) Tim giao di€m N cta CD va (SBM).
b) Tim giao tuyén ctia hai mit phang (SBM) va (SAC).
¢) Tim giao di€ém I ctia BM va (SAC).

d) Tim giao di€ém P ctia SC va (ABM). Tt d6 suy ra giao tuyén clia hai mit phiang (SCD) va

O

(ABM). c

N 'g
| vidus ] @
2 Z C

© Cho ti gidc ABCD va mot diém S khong thudc mit phang (ABCD). Trén doan AB 1dy mot 8
diém M, trén doan SC liy mot diém N (M, N khong trung véi cac dau muit). \0

. [ 2 . 2 U

a) Tim giao diém cua duong thang AN véi mat phang (SBD). O

2 2 m

b) Tim giao di€ém cua dudng thang MN vé6i mét phang (SBD). Ne)

.
| vidus |
@ Cho hinh chép S.ABCD. Goi O la giao diém ctia AC va BD. M, N, P 1an ludt 1a cac diém trén
SA, SB, SD.

e

Noi Dau Cé Y Chi

L

a) Tim giao diém I ctia SO véi mit phang (MNP).

b) Tim giao diém Q ctia SC v6i mit phiang (MNP).
S

| viou7 |
@ Cho tii dién SABC. Goi I, H 1an ludt 1a trung diém ctia SA, AB. Trén canh SC 13y diém K sao
cho CK = 3S5K.

0 Lo g ... FB
a) Tim giao diém F ctia BC v6i mit phang (IHK). Tinh ti s0 ok

b) Goi M la trung diém clia doan thang IH. Tim giao diém ctia KM va mit phang (ABC).
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1. DAl CUONG VE DUONG THANG VA MAT PHANG -

@ Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tam O. Goi M, N, I lan lugt nam trén
ba canh AD, CD, SO. Tim thiét dién ctia hinh ch6p v6i mit phiang (MNI).

.

@ Cho hinh chép S.ABCD. Goi M, N, P lan lugt 1a trung diém lﬁy trén AB, AD va SC. Tim thiét
dién ctia hinh chép v6i mit phang (MNP).

| vidus )

@ Cho hinh chép S.ABCD. Goi M la mot diém trong tam giac SCD.

a) Tim giao tuyén cda hai mit phang (SBM) va (SAC).
b) Tim giao diém ctia duong thang BM va (SAC).

¢) Xdc dinh thiét dién ctia hinh chép khi cat béi mét phang (ABM).

B Dang 1.4. Chirng minh ba diém thing hang, ba dudng thing

dong qui, chitng minh mét diém thudéc mét dudng thang cb dinh.

e Phuong phap chiing minh ba diém thiang hang:

Gv Ths: Pham Hung Hai

Mudn chiing minh ba diém A, B, C thang hang, ta chiing minh ba diém

d6 1an lugt thudc hai mit phiang phan biét (o) va () thi suy ra ba diém e A
A, B, C nam trén giao tuyén ctia (o) va (B), nén chiing thiang hang. B
C

e Phuong phap chiing minh ba dudng thang dong quy:
Ta tim giao diém ctia hai duong thang trong ba dutng thang da cho, rdi chiing minh giao diém dé
nam trén dudng thang thit ba. Cu thé nhu sau:

Chon mdt mit phing (P) chia hai duong thang (a) va (b). Goi I = (a) N (b).
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Trang@ 1. DAI CUONG VE DUONG THANG VA MAT PHANG JIS

Tim mot mit phang (Q) chifa dudng thang (a), im mot mét phang
(R) chita duong thang (b), sao cho (c) = (Q)N(R) = I € (c).

Vay, ba dudng thang (a), (b), (c) ddng quy tai diém I.

(a), (b) C (P)

~

(@)

Va1 R
o)

X . >

@ Cho tu dién ABCD c6 G la trong tam tam giac BCD, Goi M, N, P lan lugt la trung diém cia )
AB, BC, CD. 8
A \ O

a) Tim giao tuyen cia (AND) va (ABP). 0

| - — O

b) Goil =AGNMP,J =CMNAN. Ching minh D, I, J thang hang. o)

- a
- viau2 ] -©
[ p—

@© Cho hinh binh hanh ABCD. S 1a diém khong thudc (ABCD), M va N lan lugt 1a trung diém 6
cua doan thazlng AB va SC. -
‘O

a) Xéc dinh giao diém I = AN N (SBD). (@)

=)

b) Xéc dinh giao diém J = MN N (SBD). g

¢) Ching minh ba diém I, J, B thing hang. 2

-

| vicus |
@ Cho hinh chép S.ABCD. Goi M, N, P 1an luct 12 trung diém ctia SA, SB, SC. Goi E = ABN
CD,K = ADNBC

1. Tim giao tuyén clia hai mit phang (SAC) N (SBD), (MNP) N (SBD).
2. Tim giao di€ém Q clia dudng thang SD v6i mit phang (MNP).

3. Goi H = NM N PQ. Ching minh ba diém S, H, E thang hang.

I @ Th.s Pham Hing Hai - Lép Toan Thay Hai - DT: 0905.958.921
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Trang@ 1. DAl CUONG VE DUONG THANG VA MAT PHANG -

4. Chiing minh ba dudng thang SK, QM, NP dong quy.

JKD BAITAP TV LUYEN %o,

Bai 1. Cho hinh chép S.ABCD véi ddy ABCD 1a hinh binh hanh. Goi M 1a diém bt ky thudc SB,

\
N thudc mién trong tam gidc SASCD.
1. Tim giao diém ctia MN va mit phang (ABCD)
2. Tim SCN (AMN) va SDN (AMN)

3. Tim SAN (CMN)

BQi 2. Cho hinh chép S.ABCD véi ABCD la hinh binh hanh. Goi M 1a diém bt ky thudc SB, N

thudc mién trong tam giac SCD.
a) Tim giao diém ctia MN va mit phang (ABCD).
b) Tim SCN (AMN), SDN (AMN).

¢) Tim SAN(CMN).

N

Gv Ths: Pham Hung Hai

Bai 3. Cho hinh chép S.ABCD c6 day ABCD la hinh thang véi AB song song véi CD. O 1a giao

di€m ctia hai dudng chéo, M thudc SB.
a) Xdac dinh giao tuyén ctia cdc cip mit phang: (SAC) va (SBD); (SAD) va (SBC).

b) Tim giao di€m SON (MCD); SAN (MCD).

Bdi 4. Cho tii dién ABCD. Trén AB, AC lay 2 diém M, N sao cho MN khong song song BC. Goi
O 1a mot di€m trong tam gidc BCD.

a) Tim giao tuyén cia (OMN) va (BCD).
b) Tim giao di€ém cta DC, BD v6i (OMN).

c¢) Tim thiét dién ctia (OMN) véi hinh chép.

I @ Th.s Pham Hing Hai - Lop Toan Thay Hai - DT: 0905.958.921
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Trang@ 1. DAl CUONG VE DUONG THANG VA MAT PHANG -

N\
Bai 5. Cho ti dién SABC. Goi M € SA, N € (SBC), P € (ABC), khong c6 dudng thang nao song
song.
a) Tim giao di€ém ctia MN véi (ABC), suy ra giao tuyén ctia (MNP) va (ABC).
b) Tim giao diém ctia AB v6i (MNP).
¢) Tim giao di€ém ctia NP véi (SAB).
d) Tim thiét dién ctia hinh chép cit bsi mit phang (MNP).
\
. . Y O
Bai 6. Cho ti dién SABC. Goi I, J, K 1an lugt 1a 3 diém nidm trong ba mit phang (SAB), (SBC), c
(ABC). 'g
B e
a) Tim giao diém cua 1J véi (ABC). c
O
b) Tim giao tuyén ctia (IJK) véi cic mit clia hinh chép. Tir d6 suy ra thiét dién ctia (IJK) cat O
‘O
bdi hinh chép.
L O
IS h ‘o
Bai 7. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tim O. Goi M, N, I 1an ludt naim QA
trén ba canh AD, CD, SO. Tim thiét dién ctia hinh ch6p v6i mit phiang (MNI). 0O
L p—
\ =
Bai 8. Cho hinh chép S.ABCD. Goi M, N, P lan ludt 1a trung diém 14y trén AB, AD va SC. Tim g
\
thiét dién ctia hinh chép véi mét phang (MNP). \O
\
N O
Bai 9. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tim O. Goi M, N 1an luct 1a trung g
¢
diém cua AB, SC. )
_ o)
a) Tim I = AN N (SBD). >
b) Tim K = MN N (SBD).
. KM
Tinh ti 0 —.
¢) Tinh ti s XN
2, . 2 N ~, 2 A IB
d) Ching minh B,I, K thang hang. Tinh ti sO K
N\
Bai 10. Cho hinh chép S.ABC. Goi K, N lan lugt 1a trung diém cta SA, BC. Diém M thuoc SC,
2
SM = -MC.
3
a) Tim thiét dién ctia hinh chép v6i mp(KMN).
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Trang@ 1. DAl CUONG VE DUONG THANG VA MAT PHANG -

. 5 . LA
b) Mit phang (KMN) cat AB tai L. Tinh ti s0 —

Bai 11. Cho tif dién S.ABC. Trén SB,SC lan luct iy hai diém 1, J sao cho IJ khong song song
véi BC. Trong tam gidc ABC lay mot diém K.

a) Xdc dinh giao tuyén ctia hai mit phiang (ABC) va (1JK).
b) Xéc dinh giao di€ém ctia AB, AC véi (1JK).

¢) Tim giao tuyén ctia hai mit phang (SAB) va (IJK).

d) Tim giao diém ctia BC, 1J v6i miit phiang (SAK).

e) Xac dinh thiét dién ctia mit phang (1JK) véi ti dién S.ABC.

N
Badi 12. Cho tii dién SABC. Trén SA, SB va SC lan luot 13y cac diém D, E, F sao cho DE cit AB

tai I, EF cat BC tai J, FD cit CA tai K. Chiing minh ba diém 1, J, K thang hang.

\
Bai 13. Cho ti gidc ABCD va S & (ABCD). Goi 1, J 1a hai diém trén AD va SB, AD cit BC tai O
va OJ cat SC tai M.

1. Tim giao di€ém K = 1J N (SAC).

2. Xac dinh giao diém L = DJ N (SAC).

Gv Ths: Pham Hung Hai

3. Ching minh A, K, L, M thang hang.

Bai 14. Cho ti gidac ABCD va S ¢ (ABCD). Goi M, N 1a hai diém trén BC va SD.
1. Tim giao diém J = BN N (SAC)
2. Tim giao di€ém J = MN N (SAC)

3. Ching minh ring C, I, J thang hang.

Bai 15. Cho tii dién ABCD. Goi M 1a trung diém AB, K 1a trong tim ctia tam gidc ACD.
a) Xdc dinh giao tuyén ctia (AKM) va (BCD).

b) Tim giao di€ém H cia MK va mp(BCD). Ching minh K 1a trong tAm clia tam giac ABH.

¢) Trén BC lay diém N. Tim giao diém P,Q ctia CD, AD v6i mp(MNK).
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Trang@ 1. DAl CUONG VE DUONG THANG VA MAT PHANG -

d) Ching minh 3 dudng thang MQ, NP, BD dong quy.
Bai 16. Cho hinh chép S.ABCD c6 didy ABCD va hinh binh hanh. Goi G 1a trong tAm ctia tam
giac SAD, M 1a trung di€m cta SB.
a) Tim giao diém N cia MG va mit phang (ABCD).
b) Ching minh ba diém C, D, N thang hang va D la trung diém ctia CN.
\
\
Bai 17. Cho hinh chép S.ABCD, ddy ABCD 1a hinh binh hanh tim O. Goi M la trung diém cta
SC. ()]
c
a) Xéc dinh giao tuyén cia (ABM) va (SCD). 'g
o o0& o . o 2 o . SI 2 m
b) Goi N la trung diém ctiia BO. Xac dinh giao diém [ ciia (AMN) v6i SD. Chitng minh R cC
Tim thiét dién ctia hinh chép S.ABCD cit bdi mit phang (AMN). 8
\
‘O
Bai 18. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tim O. Goi M, N lan lugt 1a O
trung diém cua SC va SA, E 1a trong tAm cia tam gidc ABC. ‘GO)
. - R 2 N v 2 P . ‘\O
a) Tim giao diém / ctia SD va mat phang (AME). Chiing minh EI // SB. —
e
b) Tim giao di€ém H ctia SD va mit phang (MNE). O
>
¢) Tim thiét dién ctia hinh chép cat bdi mit phang (MNE). 8
\
N D
Bdi 19. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M, N lan ludt 12 trung diém g
cua cac canh AB va SC. —
o)
. - R L3 N 2 20 v 2 . 2 A KM Z
a) Tim giao diém K cua duong thang MN véi mat phang (SBD). Tinh ti s6 XN
b) Goi E 1a trung diém ctia SA. Tim giao diém F ctia SD va mit phiang (EMN). Ching minh
td gidc MEFN 1a hinh thang.
¢) Tim thiét dién ctia hinh chép v6i mit phang (EMN).
\

JE® BAI TAP TRAC NGHIEM 3o,

Cdu 1. Cho tit gidc ABCD. C6 thé xac dinh dugc bao nhidu mit phang chifa tit ca cac dinh ciia tif gidc

ABCD?
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Trang@ 1. DAl CUONG VE DUONG THANG VA MAT PHANG -

@A) 1. B) 3. (©)o. D) 2.
CdAu 2. Hinh chép luc gidc ¢ bao nhiéu mat?

@) 10. 6. ©s. @7

Cdu 3. Cic yéu td nao sau day xac dinh mot mit phang duy nhét?

@ Mot diém va mot dudng thing. Hai duong thing cit nhau.
(C) Bén diém phan biét. (D) Ba diém phan biét.

Cdu 4. Khang dinh nao sau day la sai?
@ Néu hai mit phang phéan biét c6 mot diém chung thi chiing c6 mdt dudng thang chung duy nhét.
Néu hai mit phiang c6 mot diém chung thi chiing ¢6 vo sd diém chung khac nita.
@ Néu ba diém phan biét ciing thudc hai mit phang phan biét thi chiing thang hang.
@ Néu hai mit phang c6 mot diém chung thi chiing c6 mot duong thang chung duy nhét.

Cdu 5. Cho 5 diém A,B,C,D,E trong d6 khong c6 4 diém nao dong phang. Hoi cé bao nhiéu mit

phéng tao béi 3 trong 5 di€ém da cho?
(A) 10. B) 14. (© 12. D) 8.

Cdu 6. Trong cac khang dinh sau, khang dinh nao ding?
(A) Qua 3 diém phan biét bt ki ¢6 duy nhit mot mit phing.
Qua 4 diém phén biét bit ki ¢6 duy nhit mot mit phang.
@ Qua 2 diém phan biét c6 duy nhit mot mit phang.
@ Qua 3 diém khong thang hang c6 duy nhit mot mit phang.

Gv Ths: Pham Hung Hai

Cau 7. Cho tif dién ABCD. Goi M, N lan luct 1 trung diém cta AC,CD. A
Giao tuyén ctia hai mét phang (MBD) va (ABN) la
@ dudng thang BG (G la trong tim tam gidc ACD).

dudng thang AH (H la truc tim tam giac ACD).
@ dudng thang MN. B ’v b
N
C

@ dudng thang AM.

Cdu 8. Thiét dién ctia hinh chop tif gidc (cat bdi mot mit phang) khong thé 12 hinh nao dudi day?

@ T giéc. Tam giac. @ Ngt giac. @ Luc giac.
CAu 9. Cho 4 diém khong dong phang A, B,C,D. Goi I,K 1an lugt la trung diém ciia AD va B. Giao
tuyén ctia (IBC) va (KAD) la

A) IK. DK. (C) AK. (D) BC.
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Trang@ 1. DAl CUONG VE DUONG THANG VA MAT PHANG -

Cau 10. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi 7,J 1an lugt 1a trung diém SA, SB.

Khang dinh nao sau day sai?

(A) 1JCD 1a hinh thang. (SAB)N (IBC) = IB .
(C) (IAC)N (JBD) = AO (O Ia tim ABCD). (D) (SBD) N (JCD) = J.
Cau 11. Cho ti dién ABCD. Goi G la trong tim cta tam gidc BCD. Giao A

tuyén ctia mit phang (ACD) va (GAB) la
(A) AH (H 1a hinh chiéu ctia B trén CD).
AM (M 1a trung diém ctia AB).
(C) AK (K 1a hinh chiéu ciia C trén BD).

@ AN (N la trung diém ctia CD). C
Cau 12. Cho hinh chép S.ABCD c6 day 1a hinh thang ABCD (AD /| BC). S

Goi M la trung diém CD. Giao tuyén ctia hai mit phang (MSB) va (SAC)
la

(A) SJ (J 1a giao diém ctia AM va BD).

SI (I 1a giao diém cua AC va BM).

(C) SO (0 1a giao diém ciia AC va BD).

(D) SP (P 1a giao diém ciia AB va CD).
Cau 13. Cho hinh chép S.ABCD c6 ddy 1a hinh thang ABCD (AB // CD). Khang dinh nao sau day
sai?

(A) Hinh chép S.ABCD c6 4 mijt bén.

Giao tuyén ctia hai mit phiang (SAC) va (SBD) 1a SO (O la giao diém ctia AC va BD).

@ Giao tuyén ctia hai mit phang (SAB) va (SAD) la dudng trung binh ctia ABCD .

@ Giao tuyén ctia hai mit phang (SAD) va (SBC) 1a SI (I 1a giao diém ctia AD va BC).

Noi Pau Cé Y Chi & P6 Cé Con Pudng

Cau 14. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi
M, N lan luct 1a trung diém AD va BC. Giao tuyén ctia hai mit phang
(SMN) va (SAC) 1a

(A) SG (G l1a trung diém AB).

SD.

(C) SO (O 1a tam hinh binh hanh ABCD).

(D) SF (F 1a trung diém CD).
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Gv Ths: Pham Hung Hai

Trang@ 1. DAl CUONG VE DUONG THANG VA MAT PHANG -

Cau 15. Cho diém A khong nim trén mit phang (&) chia tam gidc BCD. A
Liy E,F 1a cic diém lan lugt nam trén cic canh AB,AC. Khi EF va BC cit

. ; E
nhau tai / thi / khong phai la diém chung cta hai mat phang nao sau day?
(A) (BCD) va (ABC). (BCD) va (ABD). B ‘ 7
(C) (BCD) va (AEF). (D) (BCD) va (DEF). '
C

Cadu 16. Cho tit dién SABC. Goi L,M, N lan ludt 1a cac diém trén cac canh SA,SB va AC sao cho LM
khong song song v6i AB, LN khong song song v6i SC. Mit phiang (LMN) cat cac canh AB, BC,SC lan
luot tai K,1,J. Ba di€ém nao sau ddy thang hang?

(A)M,K,J . B) N,1,J. (©K,I,J. (D) M, 1,J.
Cau 17. Cho tii dién ABCD. Goi M, N lan lugt la trung di€ém ctia AB va CD. Mit phang (a) qua MN
cat AD, BC lan ludt tai P va Q. Biét MP cat NQ tai I. Ba diém nao sau ddy thang hang?

(A) I,B,D. LA,C. ©1.C,D. (D) I,A,B.
Cdu 18. Cho ti dién ABCD. Goi H,K 1an lugt 12 trung diém céc canh AB, BC. Trén dudng thang CD
1y di€ém M niam ngoai doan CD. Thiét dién ctia td dién v6i mit phang (HKM) 1a

(A) Tam gidc HKL v6i L = KM N BD.

Hinh thang HKMN v6i N € AD va HK /| MN.

(C) Tam gidc HKL v6i L = HM NAD.

(D) Tt giac HKMN v6i N € AD.

Cau 19. Cho ti dién ABCD. Goi G la trong tdm tam giac BCD, M 1a trung di€ém CD, I 1a diém & trén
doan thang AG, BI cit mit phang (ACD) tai J. Khang dinh nao sau day sai?

(A) J 1a trung diém clia AM. (B) AM = (ACD) N (ABG).

(C) A,J, M thing hang. (D) DJ = (ACD) N (BDJ).

Cdu 20. Cho ti dién ABCD. Goi E va F lan ludt 1a trung diém ctia AB va CD; G 1a trong tAm tam gidc
BCD. Giao diém clia duong thing EG va mit phang (ACD) 1a

(A) Giao diém ctia dudng thing EG va CD. Giao diém clia duong thang EG va AC.
(C) Giao diém ciia dudng thing EG va AF. (D) biém F.

Cau 21. Cho ti gidc ABCD c6 AC va BD giao nhau tai O va mot diém S khong thudc mit phang
(ABCD). Trén doan SC liy mot diém M khong tring véi S va C. Giao diém ctia dudng thang SD v6i miit
phang (ABM) 1a

(A) Giao diém ciia SD va BK (v6i K = SONAM).

Giao di€m cta SD va AB.
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Trang@ 2. HAI BUONG THANG SONG SONG, HAI BUONG THANG cHEO NHAU JEEE

(C) Giao diém ctia SD va MK (véi K = SONAM).
(D) Giao diém ctia SD va AM.

Cdu 22. Cho ti dién déu ABCD c6 d6 dai cac canh bang 2a. Goi M, N lan ludt 13 trung diém céac canh
AC, BC, P 1a trong tdm tam gidc BCD. Mit phang (MNP) cit t dién theo mot thiét dién cé dién tich

la
@azx/g 612\/11 ©a2\/§ @Clz\/ll
4 2 4 4
Cau 23. Cho ti dién déu ABCD c6 canh bing a. Goi G 1a trong tim tam gidc ABC. Miit phang (GCD)

cit td dién theo mot thiét dién c6 dién tich 1a
@ a2\/§ a2\/§ @ az\/§ @ a2\/§
Cau 24. Cho tit dién ABCD. Goi E, F,G la cac diém lan lugt thudc cac canh AB,AC, BD sao cho EF

cat BC tai I, EG cit AD tai H. Ba dudng thang nao sau day dong quy?
(A) CD,EF,EG. AC,IG, BD. (C) CD,IG, HF. (D) AB,IG, HF.

Cau 25. Cho hinh chép S.ABCD c¢6 ddy ABCD 1a hinh binh hanh.
Goi M, N, P lan lugt 1a trung diém cta BC, CD, SA. Mit phang
(MNP) cit hinh chép theo thiét dién 1a hinh

@ Tam giac. Luc giéc. @ Ngii giac. @ T giac.

— HET—

HAI PUONG THANG SONG SONG, HAI
PUONG THANG CHEO NHAU

I KiEN THIC CAN NHO o,

Noi Pau Cé Y Chi & P6 Cé Con Pudng
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1. Vi tri twong d6i ctia hai dudng thing

7 [~/

a song song Vvéi b a cat b tai giao diém I
/ /f/
a
'b
P l
a trung b a va b chéo nhau

Cho hai dudng thang a va b phan biét.

e Khi kiém tra hai dudng thang a va b song song hay cat nhau thi trudc tién ching phai dong

phing (cling thuéc mot mit phang nao do)

e Khi a va b khong dong phing (khdng c6 mit phang nao chia dudc a va b) thi ta néi a va b

chéo nhau.

2. Cac dinh ly quan trong

Gv Ths: Pham Hung Hai

@ Dinh Ii 2.1.

Trong khong gian, qua mot diém khéng nam trén dudong thing cho M d
trudc, co mot va chi mot duong thang song song voi duong thang di d
cho.

© Dinh i 2.2. Néu ba mét phang phan biét déi mot cat nhau theo ba giao tuyén phan biét thi

ba giao tuyén do hodc dong quy hodc déi mét song song vdi nhau.
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ds
a | 0
e
-
o
&> Hé qua 2.1. Néu hai mat phing phin biét lin Iuot chia hai  dudng
thing song song thi giao tuyén cia ching (néu co) cing song song
vOi hai duong thing do hoic trung vOi mdt trong hai dudng thang do.
(04 d (04 d / (04 d /
! 7 d d
dl/ dl
\
@ Dinh Ii 2.3.
Hai dudng thang phan biét cung song song voi duong
thang thif ba thi song song vdi nhau
clig
b
a
/)I\‘\\
V\
-
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Co6 Con Puong

O Pé

e

Noi Dau Cé Y Chi
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Trang@ 2. HAI BUONG THANG SONG SONG, HAI BUONG THANG cHEO NHAU JEEE

JE» PHAN LOAI, PHUONG PHAP GIAI TOAN Lo,

B Dang 2.5. Chirng minh hai dudng thing song song

@ Cho tii dién ABCD c6 1, J 1an ludt 1a trong tAm ctia tam gidc ABC va ABD. Chiing minh ring
1J /| CD.

| viau2 )
@ Cho ti dién ABCD. Goi M, N, P, O, R, S lan lugt 1a trung diém ctia AB, CD, BC, AD, AC, BD.

Chiing minh MPNQ 1a hinh binh hanh. Tir d6 suy ra ba doan thang MN, PQ, RS cit nhau tai trung

diém G cta mbi doan.

.

B Dang 2.6. Xac dinh giao tuyén cta hai mat phang cit nhau

Va1 )
o gin . 5 A AM AN ) L.
@ Cho ti dién ABCD. Trén AB, AC lan lugt lay M, N sao cho — = —. Tim giao tuyen cua hai

) AB  AC’
mat phang (DBC) va (DMN).

.

Gv Ths: Pham Hung Hai

@ Cho tii dién ABCD. Goi M, N lan ludt 1a trung diém ctia AD va BD; G 1a trong tim tam gidc
ABC. Tim giao tuyén ctia hai mit phang (ABC) va (MNG).

vidus )

@ Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Diém M thudc canh SA. Diém E, F

1an lugt 1a trung diém ctia AB va BC.

a) Tim (SAB)N (SCD). b) Tim (MBC)N (SAD).

c) Tim (MEF)N (SAC). d) TimADN (MEF).

e) Tim SDN (MEF). f) Tim thiét dién cta hinh chép cat bdi
(MEF).

-
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Trang@ 2. HAI BUONG THANG SONG SONG, HAI BUONG THANG cHEO NHAU JEEE
| Vvidus \

@ Cho hinh chép S.ABCD. Mit ddy 1a hinh thang c6 canh ddy 16n AD, AB cét CD tai diém K.

Goi M 1a diém nam trén canh SD.

a) Tim d = (SAD) N (SBC) va N = KM (SBC).

b) Ching minh ring AM, BN va d dong qui.

B Dang 2.7. Thiét dién cit b&i mat phang chira mét

dudng thing song song véi mét dudng thang cho trudc.

@ Cho tif dién ABCD c6 cic canh bing nhau va bang 6a. Goi 1, J 1an luot 1a trung diém ctia AC
va BC. Goi K 1a mot diém trén canh BD véi KB = 2KD.

a) Xdc dinh thiét dién cta tG dién v6i mit phang (IJK). Chiing minh thiét dién 13 hinh thang

A

can.

b) Tinh dién tich thiét dién theo a.
NG

vidu2 g K

@ Cho hinh chép S.ABCD c6 day ABCD la hinh thang véi cac canh day 1a AB va CD. Goi I, J

1an ludt 1a trung diém cia cac canh AD va BC; G 1a trong tAm ctia tam gidc SAB.
a) Tim giao tuyén ctia hai mit phang (SAB) va (IJG).

b) Tim diéu kién cia AB va CD d& thiét dién cta IN // (ABC) va hinh chép 1a mot hinh binh
hanh.

Noi Pau Cé Y Chi & P6 Cé Con Pudng

.
vidus )

@ Cho hinh chép S.ABCD cé day ABCD la hinh thang véi day 16n AB. Goi M, N theo thi tu 1a

trong tdm cua cac tam giac SCD va SAB.
a) Tim giao tuyén ctia cdc cip mit phang (ABM) va (SCD); (SMN) va (ABC).

b) Ching minh MN // (ABC).
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Trang@ 2. HAI BUONG THANG SONG SONG, HAI BUONG THANG cHEO NHAU JEEE

¢) Goi d la giao tuyén ctia (SCD) va (ABM); I, J 1an lugt la céc giao diém cta d véi SD, SC.
Chitng minh IN /| (ABC).

d) Tim cic giao diém P, Q ctia MC véi (SAB), AN véi (SCD). Chiing minh S, P,Q thing hang.

\

JKD BAITAP TU LUYEN o,

Bai 1. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tim O. Goi M, N 1an ludt 1a trung
diém ctia SA, SD. Chiing minh

N

a) MN /| AD va MN /| BC; b) MO /| SCvaNO |/ SB.

\
Bdi 2. Cho hinh chép S.ABCD c6 ddy ABCD 1 hinh binh hanh tim O. Goi M, N 1an ludt 1a trung

diém ctia AB, AD. Goi I, J, G lan luot 1a trong tAm cta céc tam gidc SAB, SAD va AOD. Chiing

minh

a) 1J /| MN; b) 1J /| BD va GJ |/ SO.

\
Bai 3. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tim O va I 13 mot diém trén canh

SO.

Gv Ths: Pham Hung Hai

a) Tim giao diém E va F clia mit phang (ICD) lan lugt véi cac duong SA, SB. Chiing minh
EF || AB;

b) Goi K la giao di€m ctia DE va CF. Ching minh SK // BC.

\
Bdi 4. Cho hinh chép SABCD c6 ddy ABCD 1a hinh thang day 16n AB. Goi E, F 1an lugt 1a trung

diém cua SA va SB.

a) Chung minh EF // CD. b) Tim I = AF N (SCD). ¢) Chung minh SI // AB J/
CD.

\
Bdi 5. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi M, N lan lugt 1a trung diém

ctia SA, SB. Goi P 1a mot diém trén canh BC. Tim giao tuyén clia

a) (SBC) va (SAD); b) (SAB) va (SCD):; ¢) (MNP) va (ABCD).
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Trang@ 2. HAI BUONG THANG SONG SONG, HAI BUONG THANG cHEO NHAU JEEE

N

Bdi 6. Cho tii dién SABC. Goi E va F lan ludt 1a trung diém clia cic canh SB va AB, G la mot

di€m trén canh AC. Tim giao tuyén clia cdc cip mit phang sau

a) (SAC) va (EFC); b) (SAC) va (EFG).

Bai 7. Cho hinh chép S.ABCD c6 O la tim ctia hinh binh hanh ABCD, diém M thudc canh SA sao
cho SM = 2MA, N la trung diém cua AD.

a) Tim giao tuyén cia mit phang (SAD) va (MBC).
b) Tim giao di€m I ctia SB va (CMN), giao di€ém J ctia SA va (ICD).

. \ . SE
¢) Ching minh ba dudng thang /D, JC, SO dong quy tai E. Tinh ti so 50"

\
Bai 8. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thang v6i AD 1a ddy 16n va AD = 2BC. Goi

M, N, P lan luct thudc cac doan SA, AD, BC sao cho MA = 2MS, NA = 2ND, PC = 2PB.
a) Tim giao tuyén cda cic cip mit phang sau: (SAD) va (SBC), (SAC) va (SBD).
b) Xdc dinh giao diém Q cta SB véi (MNP).

¢) Goi K Ia trung diém cta SD. Chiing minh CK = (MQK) N (SCD).

BQi 9. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi M 1a mét diém trén canh SC.
a) Tim giao diém N clia dudng thang SD véi mit phang (ABM). Td gidc ABMN 1a hinh gi?

b) Gia sit / = AN N BM. Chiing minh / thudc mot dudng thang cb dinh khi M chay trén canh
SC.

Noi Pau Cé Y Chi & P6 Cé Con Pudng

N
Bai 10. Cho hinh chép S.ABCD c6 didy ABCD 1a hinh binh hanh. Goi G la trong tAm tam gidc

ABD, N la trung diém SG. Tim giao tuyén clia hai mit phang (ABN) va (SCD).
\

Bai 11. Cho hinh chép S.ABCD c6 day ABCD 1a ti giac 16i. Goi M, N lan lugt 1a trung diém cla
cac doan thﬁng SA, AC va P 1a diém nam trén canh AB sao cho BP = 3AP.

a) Tim giao tuyén cda hai mit phang (MNP) va (SBC).

b) Goi E, F 1a hai diém nidm trong hai tam giac SAD va SBC. Tim giao diém cla dudng thang

EF v6i mit phang (MNP).

N\
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Gv Ths: Pham Hung Hai

Trang@ 2. HAI BUONG THANG SONG SONG, HAI BUONG THANG cHEO NHAU JEEE

\
Bai 12. Cho tif dién ABCD. Goi I, J 1an ludt la trung diém céc canh BC va BD; E 1a mot diém
thudc canh AD ( E khac Ava D).

a) Xdc dinh thiét dién ctia ti dién v6i mit phang (IJE).

b) Tim vi tri ctia diém E trén AD sao cho thiét dién 12 hinh binh hanh.

¢) Tim diéu kién ctia ti dién ABCD va vi tri ctia diém E trén AD sao cho thiét dién 1a hinh thoi.

JE® BAI TAP TRAC NGHIEM 3o,

Cau 1. Hai dudng thang khong c6 diém chung thi

@ chéo nhau. song song.

@ cit nhau. @ chéo nhau hodc song song.

CAu 2. Hai dudng thang phan biét khdng song song thi

(A) chéo nhau. 6 di€m chung.
@ cat nhau hoic chéo nhau. @ khong c6 diém chung.

CAu 3. Cho hai mit phang (P) va (Q) cét nhau theo giao tuyén d. Puong thing a nim trén (P) va
dudng thang b nim trén (Q). Ménh dé nao dudi day ding?

(A) Néu a ct (Q) tai diém [ thi I phai nim trén d.

Néu b cit (P) thi b phai tring véi d.

(C)Néu a va b c6 diém chung thi a tring v6i b.

@ Néu b cit (P) thi b phai trung véi a.

Cau 4. Cho dudng thing a cit mit phang (P) tai diém A. Ménh dé nao sau day ding?
@ Moi dudng thiang nam trong (P) déu chéo vdi a.
Moi dudng thang nam trong (P) déu cit a.
@ Moi dudng thang nam trong (P) hoidc chéo véi a, hoic cit a.
(D) Moi dudng thing niim trong (P) déu khong cit a.
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Cdu 5. Cho tit dién ABCD. Goi M va N 1a hai diém phan biét nam trén
dudng thang AB, M’ va N’ 1a hai diém phan biét nam trén dudng thang CD.
Cac ménh dé sau day, ménh dé nao ding?

(A) Hai dudng thing MM’ va NN’ c6 thé cit nhau.

Hai duong thang MM’ va NN’ ¢6 thé song song v6i nhau.

@ Hai duong thang MM’ va NN’ hoic cit nhau hodc song song véi nhau.

@ Hai dudng thang MM’ va NN’ chéo nhau.
Cdu 6. Cho t dién ABCD, 14y M, N lan luct 1a trung di€ém ctia CD,AB. Khi d6, xdc dinh vi tri tuong
dbi gifta hai duong thang BC va MN.

@ Chéo nhau. C6 hai diém chung. @ Song song. @ Cat nhau.
Cau 7. Cho tit dién MNPQ. Ménh dé nao trong cidc ménh dé duéi day 1a ding?

(A) MN /| PQ. MN cit PQ.

@ MN va PQ ddng phang. @ MN va PQ chéo nhau.

Cau 8. Cho hinh chép S.ABCD, ddy ABCD 1a hinh binh hanh. Diém M thudc canh SC sao cho SM =
3MC, N la giao diém ctia SD va (MAB). Khi d6 ti gidc ABMN Ia hinh gi?

@ Tit giac khong c6 cdp canh nao song song. Hinh vuong.

@ Hinh thang. @ Hinh binh hanh.

CAu 9. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thang AB // CD. Goi d 1a giao tuyén ctia hai mit
phing (ASB) va (SCD). Khing dinh nao sau dy 1a diing?

(A)d /| AB. d cit AB. (C) d cit AD. (D) d cit CD.

Cau 10. Cho hinh chép S.ABCD. Goi G, E lan ludt 1a trong tAm cic tam gidc SAD va SCD. Liy M, N
1an ludt 1a trung diém AB, BC . Khi d6 ta c6:

@ GE va MN trung nhau. GE va MN chéo nhau.

@ GE va MN song song vGi nhau. @ GE cit BC.

Noi Pau Cé Y Chi & P6 Cé Con Pudng

Cadu 11. Cho tif dién ABCD c¢6 P,Q lan lugt 1a trong tAm tam gidc ABC va
BCD. Xic dinh giao tuyén ctia mit phang (ABQ) va mit phiang (CDP).
@ Giao tuyén la dudng thang di qua trung diém hai canh AB va CD.
Giao tuyén 13 dudng thang di qua trung diém hai canh AB va AD.
(C) Giao tuyén la dudng thing PQ.
(D) Giao tuyén la dudng thing QA.
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Cau 12. Cho tii dién ABCD. Goi I va J theo thi tu 1a trung diém ctia AD va AC, G la trong tAm tam
gidc BCD. Giao tuyén ctia hai mit phang (G1J) va (BCD) la dudng thang

@ qua J va song song véi BD. qua G va song song véi BC.

@ qua / va song song véi AB. @ qua G va song song v6i CD.

Cau 13. Cho hinh chép S.ABCD c6 day la hinh thang véi cac canh ddy 1a AB va CD. Goi (ACI) 1an lugt
la trung di€ém ctia AD va BC va G la trong tAm cta tam gidc SAB. Giao tuyén cia (SAB) va (IJG) 1a

@ dudng thang qua S va song song v6i AB. dudng thang qua G va song song véi DC.

@ SC. @ dudng thang qua G va cat BC.

Cau 14. Cho hinh chép S.ABCD cé ddy ABCD 1a hinh binh hanh. Goi 1,J, E, F 1an lugt 1 trung diém
SA,SB,SC,SD. Trong cac dudng thang sau, dudng thang nao khong song song véi 1J?

(A) DC. (B) AB. (©) AD. (D) EF.

Cdu 15. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Goi d 1a giao tuyén ctia hai mit
phing (SAD) va (SBC). Khing dinh nao sau day diing?

@ d qua S va song song véi DC. d qua S va song song véi BD.

@ d qua S va song song véi BC. @ d qua S va song song véi AB.

Cdu 16. Cho tit dién ABCD. Goi M, N la hai di€ém phén biét cing thudc dudng thang AB. P,Q 1a hai
diém phan biét cung thudc dudng thang CD. Xét vi tri tuong ddi clia hai dudng thang MP,NQ.
(A) MP J/ NO. MP cit NO. (C) MP=NQ. (D) MP,NQ chéo nhau.

Cadu 17. Cho hinh chép S.ABCD c6 didy ABCD 1a hinh binh hanh. Goi / 12 trung di€ém SA. Thiét dién
clia hinh chép S.ABCD cit bdi mit phang (IBC) la

(A) T¢ gidc IBCD. Hinh thang /BCJ (J 1a trung di€m SD).

@ Hinh thang IGBC (G la trung di€ém SB). @ Tam giac IBC.

Cau 18. Cho ti dién ABCD, M va N lan lugt 1a trung diém AB va AC. Mit phang («) qua MN cat ti
dién ABCD theo thiét dién 1a da gidc 7. Khang dinh nao sau diy diing?

(A) T 1a hinh chit nhat.

T 12 hinh thoi.

@ T la tam giac hodc hinh thang hodc hinh binh hanh.

@ T la tam giac.

Cau 19. Cho hinh chép S.ABCD c6 day ABCD 1a hinh thang véi ddy 16n AB ddy nhé CD. Goi M, N lan
lugt la trung di€ém ctia SA va SB. Goi P la giao di€ém ctia SC va (AND). Goi I 1a giao diém cta AN va
DP. Hoi tu giac SABI 1a hinh gi?

(A) Hinh binh hanh. Hinh thoi. (C) Hinh vuéng. (D) Hinh chit nhat.
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Cdu 20. Cho hai hinh vuéng ABCD va CDIS khong thudc mot mit phang va canh bang 4. Biét tam
gidc SAC can tai S, SB = 8. Thiét dién ctia mit phang (ACI) va hinh chép S.ABCD c6 dién tich bing
(A) 8v/2. 6v/2. (© 9v2. (D) 10v2.

— HET—

PUGNG THANG SONG SONG VOI MAT
PHANG

I KiEN THUC CAN NHO e,

1. Vi tri tuong d6i ctia dudng thang véi mat phang

Cho dudng thing a va mit phang (P). Cin cii vao sb diém chung ctia dudng thang va mit phang ta c6 ba
truong hop sau:

e Dudng thing a va mit phang (P) khong c6 diém chung, tic 1a: aN (P) = @ <> a /| (P).

e Puong thing a va mit phang (P) chi c6 mot di€m chung, tic 1a: aN (P) = A < a cit (P) tai
A.

e Dudng thiang a va mit phang (P) c6 hai diém chung, tic 1a: aN (P) = {A,B} < a C (P).

a

P P s P

an(P) =2 < a/ (P). an(P)={A} s acit (P).  an(P)={A,B} &acC (P).

2. Cac dinh ly, hé qua

Noi Pau Cé Y Chi & P6 Cé Con Pudng

[/

© Dinh li 3.1. Néu duong thiang a khong nam trong mét phang (P) va song song véi mot dudng

thang nao do trong (P) thi a song song vdi (P).

Tic 1a, a ¢ (P) thinéu:a // d C (P) = a /| (P).
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© Dinh li 3.2. Néu duong thing a song song voi mdt phing (o). Néu mat phang (B) chiiaa va

cat () theo giao tuyén b thi b song song vdi a.

d d

1A
NG

$> Hé qua 3.1. Néu hai mat phang phan biét ciing song song voi mot duong thang thi giao tuyén

ctia chiing (néu co) ciing song song voi duong thang do.

Gv Ths: Pham Hung Hai

© Dinh i 3.3. Cho hai duong thang chéo nhau. Co duy nhat mot mét phang chifa duong thang

nay va song song voi duong thang kia.

JE® PHAN LOAI, PHUONG PHAP GIAI TOAN )

B Dang 3.8. Chitng minh dudng thang a song song vdi mat phang ()

Ta can chiing to cic y sau:
e akhong nim trén (P);

e a song song véi mot dudng thang b nam trong (P). Suy raa // (P).
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ad (P)
hay(Sa /)b =a/ (P)
bC (P)
Chu y: Viéc chitng minh a // b, ta thudng di dén viéc xét cac yéu td song song da biét trong
hinh hoc phang nhu
@ Cip canh dbi ctia hinh binh hanh; A
M
@ Duong trung binh trong tam giac; 0))
c
AM AN
® Tile— o = “C = MN /] BC (hinh bén). = ¢ 'g
n]
C
- viau1 g 1 S
O
© ‘O
Cho ti dién ABCD. Goi M va N lan lugt la trong tdm cua cac O
tam gidc ACD va BCD. Chiing minh ring MN song song vdi A
cac mit phang (ABC) va (ABD). O
[ \p—
L
O
>
‘O
O
-
N\ «O
Vi g ) %
o)
@ Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi M, N 1an lugt la trung diém cta =

cac canh AB va CD.
a) Ching minh MN song song véi cac mit phang (SBC) va (SAD).

b) Goi E 1a trung diém ctia SA. Chiing minh SB va SC déu song song véi mit phang (MNE).
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Cho hinh chop S.ABCD c6 day ABCD la

hinh chti nhat. Goi G la trong tam tam giac
SAD va E 1a diém trén canh DC sao cho
DC = 3DE, I la trung diém AD.

a) Ching minh OI // (SAB) va OI J/
(SCD).

b) Tim giao di€ém P cta IE va (SBC).
Ching minh GE // (SBC).

B Dang 3.9. Tim giao tuyén cha hai mat phang cat nhau

(&' Cac phuong phap da hoc & hai bai trude

® Tim hai di€ém chung phén biét. Khi d6 giao tuyén la dudng thang di qua hai diém chung
do.
@ Néu hai mit phang lan ludt chiia hai dudng thang song song thi giao tuyén clia ching

(néu c6) ciing song song hoic tring véi mot trong hai duong thang do.
(&' Ta xét thém mot trong hai cach sau:

® Néu duong thing a song song vdi mit phang (). Néu mit phang () chia a va cat («)

Gv Ths: Pham Hung Hai

theo giao tuyén b thi b song song véi a.
alfl (a)
hay|{ ac (B) = (P)N(B)=Mx [/ a

Me (a)n(B)

@ Néu hai mit phang phan biét cing song song véi mot dudng thang thi giao tuyén clia
chiing (néu c6) ciing song song véi dudng thang do.

alfl (o)

hay| < a // (B) = (a)N(B)=Mx/ a|

M e ()N (B)
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| Vidu1 \
©
Cho tu dién ABCD ¢6 G la trong tim ANABC, M € CD v6i MC = A
2MD.
a) Chitng minh MG // (ABD).
B D
b) Tim (ABD) N (BGM).
M
‘ O
- c
- vidu2 g ) 8
>
O A
c
Cho hinh chop S.ABCD c6 day ABCD la hinh binh hanh. Goi S (@)
I, K 1an luot 1a trung diém cta BC va CD. g
A Y
S \ \ O
a) Tim giao tuyen cua (SIK) va (SAC), (SIK) va (SBD). \0
b) Goi M la trung diém ctia SB. Chiing minh SD // (ACM). O
. o . R , o A MF L —
¢) Tim giao diém F cia DM va (SIK). Tinh ti s0 ik 6
- >
B Dang 3.10. Tim thiét dién cit b&i mat phing ‘8
song song vGi mot dudng thang cho trudc S5
«O
(N
Va1 5
P

©

Cho tit dién ABCD. Goi M, I 1an luot la trung diém ctia BC, AC. Mit S
phing (P) di qua di€ém M, song song véi BI va SC. Xéc dinh trén hinh

V& céc giao diém clia (P) véi céc canh AC, SA, SB. Tu d6 suy ra thiét

dién cta (P) cit hinh chép. A c
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| vidu2 ‘
©
Cho hinh chép S.ABCD. Goi M, N thudc canh AB, CD. Goi S

(o) 1a mit phang qua MN va song song véi SA.
a) Tim thiét dién cta (@) vé6i hinh chép.

b) Tim diéu kién ctia MN dé€ thiét dién 12 hinh thang.

| vidus \
[ @)

Cho hinh chép S.ABCD c6 day la hinh binh hanh,
O 1a giao diém ctia AC va BD, M 1a trung diém ctia

SA.
a) Chiing minh OM // (SCD).

b) Goi (o) 1a mit phang di qua M, dong thoi
song song v&i SC va AD. Tim thiét dién clia

mit phang (&) v6i hinh chép S.ABCD.

.

JKD BAITAP TV LUYEN o),

Bai 1. Cho hinh chép S.ABCD c6 ddy ABCD 1 hinh binh hanh tim O. Goi M, N 1an lugt 1a trung
diém SA, SD. Chiing minh ring:

Gv Ths: Pham Hung Hai

N

a) BC /| (SAD). b) AD J/ (SBC). ¢) MN /| (ABCD).
d) MN // (SBC). e) MO j/ (SCD). f) NO /| (SBC).
\
\
Bdi 2. Cho hinh chép S.ABCD c6 didy ABCD 1a hinh binh hanh. Goi M, N 1an lugt 13 trung diém
AB vaCD.

a) Ching minh MN // (SBC) va MN [/ (SAD).
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b) Goi P la trung diém canh SA. Ching minh SB /) (MNP) va SC /| (MNP).

¢) Goi G, I la trong tdm ctia tam giac ABC va SBC. Ching minh GI // (MNP).

Bai 3. Cho hinh chép S.ABCD c6 ddy 1a hinh thang day 16n AB, v6i AB = 2CD. Goi O 1a giao
di€m cua AC va BD, I 1a trung di€ém cta SA, G la trong tAm clia tam gidc SBC va E 12 mot diém

trén canh SD sao cho 3SE = 25D. Ching minh:

a) DI /| (SBC). b) GO /| (SCD). ¢) SB// (ACE).

Bdi 4. Cho hinh ch6p S.ABCD c6 day 1a hinh binh hanh tim O. Goi M, N la trung diém cda céc

SI SJ 2
h AB,AD. Goi I,J thuéc SM,SN ho — = — = —. Chu inh
can , Goi 1, J thudc SM, SN sao cho SM SN 3 Chung min

a) MN /| (SBD). b) 1J /| (SBD). c) SC /| (1JO).

Bai 5. Cho i dién ABCD, G la trong tim ctia tam gidc ABD va I 1a diém trén canh BC sao cho
BI = 2IC. Chiing minh IG // (ACD).

Bdi 6. Cho tii dién ABCD. Goi G va P lan lugt la trong tim clia tam gidc ACD va ABC. Ching
minh ring GP /| (BCD), GP /| (ABD).

Bai 7. Cho tit dién ABCD. Goi I, J 1an ludt 1a trung diém ctia AB va CD, M 1a mot diém trén doan

1J. Goi (P) 1a mit phang qua M va song song v6i AB va CD.
a) Tim giao tuyén ctia mit phang (P) va (ICD).

b) Xac dinh thiét dién ctia ti dién v6i mit phang (P). Thiét dién 1a hinh gi?

Noi Pau Cé Y Chi & P6 Cé Con Pudng

Bai 8. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tim O. Goi K va J lan lugt 1a

trong tdm cua cac tam giac ABC va SBC.
a) Chung minh KJ // (SAB).

b) Goi (P) la mit phang chita KJ va song song v6i AD. Tim thiét dién ctia hinh chép cét béi

mit phang (P).

\
Bai 9. Cho tii dién ABCD. Goi G, G5 lan lugt 12 trong tAm ctia cac tam gidgc ACD va BCD. Ching

minh ring G1G, // (ABC) va G\G, /| (ABD).

N\
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N

Bai 10. Cho hinh chép S.ABCD c6 didy ABCD la hinh binh hanh. Goi G 1a trong tim ctia ASAB, I
12 trung diém AB, 14y diém M trong doan AD sao cho AD = 3AM.

a) Tim giao tuyén ctia hai mit phang (SAD) va (SBC).
b) Puong thing qua M va song song v6i AB cat CI tai N. Chiing minh NG // (SCD).

¢) Ching minh MG // (SCD).

\
Bai 11. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh thang véi ddy 16n AD va AD = 2BC. Goi O
la giao diém ctia AC va BD, G la trong tdm ctia tam giac SCD.

a) Chiing minh OG // (SBC).

b) Cho M la trung diém ctia SD. Chitng minh CM // (SAB).

¢) Goi I 1a di€ém trén canh SC sao cho 2SC = 3SI. Ching minh SA // (BDI).

\
Bai 12. Cho hinh chép S.ABCD, ddy ABCD la hinh binh hanh. Goi M, N, P 1an ludt la trung diém
cua cac canh AB, AD, SB.

a) Chang minh BD // (MNP).

b) Tim giao di€ém ctia (MNP) vé6i BC.

Gv Ths: Pham Hung Hai

¢) Tim giao tuyén cda hai mit phang (MNP) va (SBD).

d) Tim thiét dién ctia hinh chép véi (MNP).

N\
Bai 13. Cho tii dién ABCD. Goi M 1a diém thudc BC sao cho MC = 2MB. Goi N, P lan lugt trung
diém cta BD va AD.

a) Chiing minh NP // (ABC).

. A ) .
b) Tim giao diém Q cta AC v6i (MNP) va tinh % Suy ra thiet dién cta hinh chép bi cat boi
(MNP).

¢) Chiing minh MG // (ABD), v6i G la trong tdm ctia tam giac ACD.
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N\
Bai 14. Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh.
a) Tim giao tuyén cla (SAC) va (SBD); (SAB) va (SCD).
b) Mot mit phang qua BC va song song vSi AD cat SA tai E, (E # S, E # A), cat SD tai
F,(F # S, F # D). Td giac BEFC la hinh gi?
¢) Goi M thudc doan AD sao cho AD = 3AM va G la trong tam tam giac SAB, [ la trung
diém AB. Puong thing qua M va song song AB cit CI tai N. Chiing minh NG // (SCD) va
MG || (SCD).
\
~ 4 \ g
Bai 15. Cho tif dién ABCD. Lay diém M trén canh AB sau cho AM = 2MB. Goi G 1a trong tam ro)
ABCD va I 1a trung diém CD, H 1a diém dbi xiing ctia G qua 1. >
n)
a) Chang minh GD /| (MCH). S
g . GK O
b) Tim giao di€ém K cia MG véi (ACD). Tinh ti sO ——. o)
GM
\ O
‘O
Bai 16. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tim O. Goi G 1a trong tim Q
ASAB, trén AD lay diém E sao cho AD = 3AE. Goi M 1a trung diém AB. “O
\ —
L
a) Chiing minh EG // (SCD). (@)
>
b) Puong thing qua E song song AB cat MC tai F. Chiing minh GF // (SCD). o)
O
¢) Goi I la diém thudc canh CD sao cho CI = 2ID. Ching minh GO J/ (SAI). g
\ ¢
N @A
Bai 17. Cho hinh chép S.ABCD cé didy ABCD la hinh binh hanh. Goi M 1a trung diém ctia SC va 8
N la trong tam tam gidc ABC. 2
a) Ching minh SB // (AMN).
b) Tim giao tuyén (AMN) va (SAB).
e , o P A
¢) Tim giao diém I cta SD v6i (AMN). Tinh ti s0 —
d) Goi Q la trung diém ctia ID. Ching minh QC // (AMN).
\
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N

Bai 18. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi M, N 14n lugt la trung diém
cua BC, CD.

a) Tim giao tuyén cta (SMD) va (SAB).
b) Tim giao tuyén ctia (SMN) va (SBD).

¢) Goi H la diém trén canh SA sao cho HA = 2HS. Tim giao diém K cia MH va (SBD). Tinh

tisd —.
K

d) Goi G la giao diém ctia BN va DM. Ching minh HG // (SBC).

\
Bai 19. Cho hinh chép S.ABCD cé ddy ABCD la hinh thang véi AD 1a day 16n va AD = 2BC. Goi
O 1a giao diém cta AC va BD, G la trong tAm ctia tam giac SCD.

a) Chiing minh OG // (SBC).

b) Goi M la trung di€ém ctia canh SD. Ching minh CM // (SAB).

¢) Gia st di€ém I trén doan SC sao cho 2SC = 3SI. Chiing minh SA // (BID).

o , S g ... « KB
d) Xac dinh giao diém K cta BG va mat phang (SAC). Tinh ti s0 e

N\
Bai 20. Cho hinh chép S.ABC Goi M, P, I 1an ludt 12 trung diém ctia AB, SC, SB. Mot mit phang

Gv Ths: Pham Hung Hai

(o) qua MP va song song véi AC va cit cac canh SA, BC tai N, Q.
a) Ching minh BC /| (IMP).
b) Xdc dinh thiét dién ciia (o) véi hinh chép. Thiét dién nay la hinh gi?

¢) Tim giao diém ctia dudng thang CN va mit phiang (SMQ).

N
Bai 21. Cho hinh chép S.ABCD c¢6 ddy ABCD 1a hinh thang v6i AB // CD. Goi M, N, I, 1an luct
la trung diém ctia AD, BC, SA.

a) Tim giao tuyén ctia hai mit phang (IMN) va (SAC); (IMN) va (SAB).

b) Tim giao di€ém ctia SB va (IMN).

¢) Tim thiét dién ctia mét phang (IDN) véi hinh chép S.ABCD.
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N

Bdi 22. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tim O. Goi G la trong tim

. AN 1 R
ASAB; N 1a mot diém thudc doan AC sao cho o 5; I 1a trung diém cua AB.

a) Ching minh OI // (SAD) va GN J/ SD.

b) Goi () la mit phang di qua O, song song v6i SA va BC. Mit phang (o) cit SB, SC 1an lugt
tai L va K. Xd4c dinh thiét dién cat béi mit phang (o) v6i hinh chép.

\
Bai 23. Cho hinh chép S.ABCD c6 didy ABCD 1a hinh binh hanh tim O. Goi H, K lan luct 1a

trung diém céc canh SA, SB va M 1a diém thudc canh CD, (M khac C va D).
a) Tim giao tuyén ctia (KAM) va (SBC), (SBC) va (SAD).
b) Tim thiét dién tao bdi (HKO) véi hinh chép S.ABCD. Thiét dién 12 hinh gi?

¢) Goi L Ia trung di€ém doan HK. Tim [ = OLN (SBC). Chiing minh SI // BC.

\
Bai 24. Cho t dién ABCD, c6 M, N lan lugt 1a trung diém ctia AB, BC va G la trong tAm clia tam
giac ACD.

a) Tim giao di€ém E ctia MG va (BCD).

b) Tim d = (MNG) N (BCD). Gia stt d NCD = P. Chting minh GP // (ABC).

¢) Goi (&) 1a mit phang chita MN va song song véi AD. Tim thiét dién ctia (o) véi tif dién.

Bai 25. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Piém M thudc canh SA thda
man 3MA = 2MS. Hai diém E va F 1an lugt 1a trung diém ctia AB va BC.

Noi Pau Cé Y Chi & P6 Cé Con Pudng

a) Xdc dinh giao tuyén ctia hai miit phiang (MEF) va (SAC).

o s g i .. 2 KS
b) Xac dinh giao diém K ctia mdt phang (MEF) v6i canh SD. Tinh ti s0 =

0 . .. < IM
c¢) Tim giao diém 7 cia MF v6i (SBD). Tinh ti s0 e

d) Tim thiét dién tao béi mit phang (MEF) véi hinh chép S.ABCD.

\
Bai 26. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh tim O. Goi M, N la trung diém

cua SA, SD.

a) Xdc dinh giao di€ém ctia NC va (OMD).
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b) Xac dinh thiét dién ctia hinh chép véi mit phang (P) qua MN va song song véi SC.
\
\
Bai 27. Cho hinh chép S.ABCD cé ddy ABCD 1a hinh binh hanh. Goi M la trung diém ctia SC,
(P) 1a mit phang qua AM va song song véi BD.

a) Xéc dinh thiét dién ctia hinh chép khi cit bi mit phang (P).

b) Goi E, F lan lugt 1a giao diém cta (P) v6i canh SB va SD. Hiy tim ti s6 dién tich clia tam
gidgc SME véi dién tich tam giac SBC va ti s6 dién tich ctia tam giac SMF va dién tich tam
giac SCD.

¢) Goi K la giao di€ém cta ME va CB, J la giao diém ctia MF va CD. Ching minh ba diém K,

N g . EF
A, J nam trén mot dudng thang song song v6i EF va tim ti sO X
\
N
Bai 28. Cho hinh chép S.ABCD c6 G la trong tam AABC. Goi M, N, P, Q, R, H 1an luot 1a trung
diém cua SA, SC, CB, BA, ON, AG.
a) Ching minh ring S, R, G thiang hang va SG = 2MH = 4RG.
b) Goi G’ 1a trong tim ASBC. Ching minh ring GG’ // (SAB) va GG’ /| (SAC).
\

I® BAI TAP TRAC NGHIEM )

Cau 1. Cho hai duong thang phan biét a,b va mit phang («). Gia st a // b,b J/ (a). Khi d6

Aaf (). B)ac (a).

Gv Ths: Pham Hung Hai

(©a/ (&) hoicaC (). (D) a cit (a).
Cau 2. Cho dudng thiang a nam trong mit phang (o). Gid st b ¢ (o). Ménh dé nao sau day ding?
(A)Néub // (o) thib /] a.

Néub Jathib J (o).
@ Néu b cit (o) va (B) chida b thi giao tuyén cda («) va (8) 1a dudng thang cit cd a va b. .
(D) Néu b ct () thi b cit a.

Cdu 3. C6 bao nhiéu mit phang song song véi ca hai dudng thang chéo nhau?
(A) Vo sb. ®) 1. (©2. (D) 3.

CAu 4. Cho dudng thang a va mit phang (P) trong khdng gian. C6 bao nhiéu vi tri tuong ddi clia a va

(P)?

@A) 3. ®) 1. ©2. (D) 4.
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Cau 5. Cho hai duong thang phan biét a,b va mit phang (a). Gid st a // (a),b C (). Khi d6

@A a/b. a,b chéo nhau.

@ a,b cit nhau. @ a /| b hoac a,b chéo nhau.

Cau 6. Cho ba dudng thang d6i mot chéo nhau a,b,c. Goi (P) 1a mit phiang qua a, (Q) 1a mit phang
qua b sao cho giao tuyén ctia (P) va (Q) song song véi c¢. C6 nhiéu nhét bao nhiéu mit phang (P) va (Q)
thda man yéu cau trén?
(A) Vo s6 mit phing (P) va (Q). Mot mit phang (Q), v s6 mit phang (P).
(C) Mot mit phing (P), v6 sb mit phing (Q). (D) Mot miit phing (P), mot mit phing (Q).

Cau 7. Cho hai dudng thang chéo nhau a va b. Khang dinh nao sau day sai?
@ C6 duy nhit mdt mit phang song song véi a va b.
C6 vo sb dudng thang song song v6i a va cat b.
@ C6 duy nhat mot mit phang qua a va song song véi b.

@ C6 duy nhat mot mit phang qua diém M, song song véi a va b (v6i M 1a diém cho trudc).

CaAu 8. Cho hai dudng thang phan biét a, b va mit phang (&). Gia st a // () va b // (o). Ménh d& nao
sau day dung?

@ a va b hodc song song hoac chéo nhau.

a va b chéo nhau.

@ a va b hoic song song hoic chéo nhau hoic cat nhau.

(D) a va b khong c6 diém chung.

Cau 9. Cho mit phang (P) va hai dudng thang song song a va b. Khang dinh nao sau ddy diing?
(A) Cic khing dinh A, B, C déu sai.
Néu (P) cit a thi (P) ciing ct b.
@ Néu (P) song song véi a thi (P) ciing song song véi b.
(D) Néu (P) chita a thi (P) ciing chita b.

Noi Pau Cé Y Chi & P6 Cé Con Pudng

Cau 10. Chod // (o), mit phang (B) qua d cat () theo giao tuyén d’. Khi d6
(A dcitd'. djd. (C)dvad chéonhau. D)d=d'

Cau 11. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh, M va N 1a hai diém trén SA,SB sao

SM SN 1 £
cho SIS 3 Vi tri tuong doi gitta MN va (ABCD) la
@ MN va mp (ABCD) chéo nhau. MNsong song mp (ABCD).
(C) MN nim trén mp (ABCD). (D) MNcit mp (ABCD).

Cau 12. Cho ti dién ABCD. Goi G la trong tim cua tam gidc ABD, Q thudc canh AB sao cho AQ =

20B, P la trung diém ctia AB, M 1a trung diém ctia BD. Khang dinh nao sau day ding?
(A) Q thudc mit phing (CDP). OG cit (BCD).
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Trang@ 3. DUONG THANG SONG SONG VGI MAT PHANG -

(C) MP | (BCD). (D) GO /| (BCD).
Cau 13. Cho hinh chép tif gidc S.ABCD. Goi M va N 1an lugt 1a trung di€ém ctia SA va SC. Khang dinh
nao sau day dang?

(A) MN /| mp (SAB). MN [/ mp(SBC).  (C) MN [/ mp(ABCD). (D) MN /| mp(SCD).

Cau 14. Cho tii dién ABCD. Goi H 1a mot diém nam trong tam gidc ABC, (o) 1a mit phang di qua H
song song vdi AB va CD. Ménh dé nao sau day ding vé thiét dién cda (o) véi ti dién?

@ Thiét dién 12 hinh binh hanh. Thiét dién 12 hinh chif nhat.

(C) Thiét dién 1a hinh vuong. (D) Thiét dién 1a hinh thang can.

Cau 15. Cho tii dién ABCD. Goi I,J 1an ludt thuoc canh AD, BC sao cho IA = 2ID va JB = 2JC. Goi
(P) 1a miit phang qua IJ va song song v6i AB. Thiét dién ctia (P) va ti dién ABCD 1a

(A) Hinh tam gidc. Hinh binh hanh.  (C) Hinh thang. (D) Tam gidc déu.

Cadu 16. Cho titdién ABCD. Goi M,N,P,Q,R, S theo thii tu 12 trung diém ctia cic canh AC,BD,AB,CD,AD,BC.
B6n diém nao sau diy khong dong phang?

(A) M,N,P,Q. P.O.R,S. (C)M,PR,S. (D) M,R,S,N.

Cau 17. Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tam O. Goi M 1a diém thudc canh SA
(khong tring véi S hoiic A). (P) 1a mit phang qua OM va song song v6i AD. Thiét dién ctia (P) va hinh
chop la

@ Hinh thang. Hinh tam giac. @ Hinh chtt nhat. @ Hinh binh hanh.
Cau 18. Cho hai hinh binh hanh ABCD va ABEF khong cling nim trong mot mit phang. Goi 0,0,
lan lugt 1a tim cia ABCD,ABEF. M 1a trung diém ctia CD. Khang dinh nao sau day sai?

(A) 00, J/ (BEC). 00, /| (EFM). (C) MO, cit (BEC). (D) 00, /| (AFD).
Cdu 19. Cho hinh chép S.ABCD c6 ABCD 1a hinh thang can day 16n AD. M, N lan ludt 1a hai trung
diém ctia AB va CD. (P) 1a mit phiang qua MN va cit mit bén (SBC) theo mt giao tuyén. Thiét dién ctia
(P) va hinh chop la

@ Hinh chi nhat. Hinh vudng. @ Hinh thang. @ Hinh binh hanh.

~ N 5 0 SM
Cau 20. Cho hinh chép ti giac déu S.ABCD c6 canh ddy bang 10. M 1a di€m trén SA sao cho T

2
3

Mot mit phang (&) di qua M song song v6i AB va CD, cit hinh chép theo mt ti gidc c6 dién tich 1a

16 4 20 400
5 5 3 o5

— HET—
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I KiEN THUC CAN NHO e,

1. Vi tri tudng d6i cha hai mat phang

Cho hai mit phang (P) va (Q). Cac kha ning c6 thé xdy ra:

@ (P) va (Q) trung nhau.
@ (P) va (Q) c6 mdt diém chung. Khi d6 chiing sé ¢6 diém chung khéc nita. Tap hop tat ca cac —
diém chung d6 goi 1a giao tuyén ctia hai mit phang (P) va (Q) (Hinh 1). c
o)
® (P) va (Q) khong c6 di€ém chung. Khi d6 ta néi (P) song song (Q) (Hinh 2). 3
A c
- Kihiéu (P) // (Q): (o)
. \ \ O
- Khi (P) // (Q) vaa C (P) thia // (Q). \0
O
‘O
£ >
P O
\E
£ >
\
6 >
‘O
Hinh 1. Hinh 2. U
(P), (Q) c6 1 diém chung: (P)N(Q) =a (P), (Q) khong c6 diém chung: (P) // (Q) ‘g
(N
2. Cac dinh i 6
P
M
© Dinh li 4.1. Néu mat phang (o) chifa hai duong thang cat (04
nhau a, b va a, b cting song song voi mat phang (B) thi (&) song /3/
song voi (B).

e Mudn ching minh hai mit phang song song, ta phai chiing minh c¢é hai dudng thang cat

nhau thudc mit phang nay 1an lugt song song véi mit phang kia.

e Mubn chiing minh dudng thang a // (Q), ta chiing minh dudng thang a ndm trong mit phang

B @ Th.s Pham Hing Hai - Lop Toan Thay Hai - DT: 0905.958.921




Trang@ 4. HAI MAT PHANG sonG sonG JEEES

(P) va (P) /| (Q).
\ A/ ’
© Dinh |i 4.2. Qua mét diém nam ngoai mét mdt phing cho o
trudc c6 mot va chi mot mat phing song song voi mat phang da /
cho. B
a @ \b
© Dinh |i 4.3. Cho hai mdt phang song song. Néu mdt mat \
2 o » 2 8 N g » 2 g N 5 ¢ A\//\\Al
phang cat mat phang nay thi cing cat mat phang kia va hai giao \\ \\
tuyén song song voi nhau. \ \

© Dinh |i 4.4. Dinh Ii Thales: Ba mit phang déi mot song song A .

chan trén hai cat tuyén bat ki nhiing doan thiang tuong iing ti Ié. / \

Gv Ths: Pham Hung Hai

I @ Th.s Pham Hing Hai - Lép Toan Thay Hai - DT: 0905.958.921




Trang@ 4. HAI MAT PHANG sonG sonG JEEES

3. Hinh lang tru va hinh hop

(¢ Pinh nghia: Cho hai mit phang («) // (a'). Trong (&) cho

da giac16i AjA, ... A,. Quacic diém A1,A,, ..., A, tadung
céc dudng song song vdi nhau va cit (o) tai A}, A}, ... AL,
Hinh tao thanh bdi hai da gidc A1Ay...A,, AJA) .. A),
cung véi cdc hinh binh hanh A;A>A%A), A2A3A%AY, ..

A,A AL A], dude goi 1a hinh ldng tru va dugde ky hiéu bdi
AAy.. AgALA, . AL

e Haidagidc AjA,...A,, AJA) ... A), dudc goi 1a hai mdr
ddy (bang nhau) ctia hinh ling tru.

e Cic doan thang A1A], AQAL,. .., ApA), goi la cac canh

bén cia hinh lang tru.

e Cic hinh binh hanh A;AALA!, ArA3A4A),...,

A,A 1AL A}, goi la cac mdt bén cia hinh lang tru.

e Cac dinh cua hai da giac day goi la cac dinh ctia hinh
lang tru.
(& Tinh chat:
e Cic canh bén ctia hinh ling tru thi song song va bang nhau.
e Céic mit bén clia hinh ling tru déu 12 hinh binh hanh.
e Hai ddy ctia hinh ling tru 12 hai da giac bang nhau.

e Ngudi ta goi tén hinh lang tru theo day cta n6 nhu sau:

REB 4

Ldng tru tu gidc Hinh hép

Noi Pau Cé Y Chi & P6 Cé Con Pudng

Ldng tru tam gidc . -
g1 § Ldng tru ngu gidc

e Hinh lang tru c6 day la tam giac goi la hinh ldng tru tam gidc.

e Hinh ladng tru c6 day la hinh binh hanh goi 1a hinh hop.
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4. Hinh chép cut

(¢ Dinh nghia:
Cho hinh chép S.A(A; ... A,. Mot mit phang (P) song song véi mit ddy ctia hinh chép va khong di
qua dinh 1an lugt cdt cdc canh SA|, SAa, ..., SA, tai A},A),... Al Hinh tao thanh bdi hai da gidc
ALAL AL AjA, .. A, Vi che tf gide AjA,ALAY, ApASALAL ... AA A AL goi Ta hinh chdp cut.
e Day A|A; ... A, ctia hinh chép goi 1a day 16n cua hinh chop cut.
e Thiét dién A}A) ... A}, cta hinh chép va (P) goi la ddy nho cua hinh chép cut.

e Ta goi tén hinh chop cut theo da giac day cia né (chop cut tam giac, ti giac,. . .).

A3

(@ Tinh chit:

Gv Ths: Pham Hung Hai

e Hai day cua hinh chop cut 1a hai da giac c¢6 cac canh tuong tng song song va ti 1€ gitta cac cap

canh tuong tiing bang nhau.
e Cac madt bén la hinh thang.

e Cic dudng thang chia cdc canh bén ddng quy tai 1 diém.
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JE» PHAN LOAI, PHUONG PHAP GIAI TOAN Lo,

B Dang 4.11. Chirng minh hai mat phing song song

Dé chitng minh hai mit phiang song song, ta chitng minh:
e Phuong phap 1.
Trén mit phang nay c6 hai duong thiang cit nhau
cling song song v6i mit phang con lai. >
L=
d
acC (a),bC () /g/ (@))
c
anb=M = (a) // (B) 'g
@l (B).b 1 (B) @
C
@)
e Phuong phap 2. O
Hai mit phang cung song song véi mit phang 8
a3, pd o
n]
(@) # (B) O
= (@) // (B). \—
(o) 1/ (7). (B) 1 () pd £
q O
>
‘O
O
5
¢
~
n]
@ Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh tim O, goi M, N lan lugt la trung 2

diém cta SA, SD. Chiing minh (OMN) // (SBC).

@ Cho hinh chép S.ABCD c6 day 1a mot hinh binh hanh. Goi A’, B/, C’, D' 1an lugt 13 trung diém
clia cdc canh SA, SB, SC, SD. Ching minh ring (A'C'D’) /| (ABCD).
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~

@ Cho hinh chép S.ABCD véi ddy ABCD la hinh thang ma AD J/ BC va AD = 2BC. Goi M, N
1an lugt 1a trung diém cta SA va AD. Ching minh: (BMN) // (SCD).

@ Cho hai hinh binh hanh ABCD va ABEF c¢6 chung canh AB va khong ddng phang. Goi 1, J, K
1an ludt 12 trung diém AB, CD, EF. Chiing minh

a) (ADF) J/ (BCE). b) (DIK) J/ (JBE).

@ Cho hinh ling tru ABC.A’B'C’. Goi I, J, K 1an ludt 1a trong tdm céc tam gidc ABC, ACC',
A'B'C’. Chiing minh ring (IJK) // (BCC'B') va (A'JK) /| (AIB').

viduo )

@ Cho hai hinh vudéng ABCD va ABEF & trong hai mit phang phan biét. Trén cac dudng chéo

AC va BF 1an ludt lay cac diém M, N sao cho AM = BN. Céac dudng thang song song vSi AB Vvé tir
M, N 1an ludt cit AD va AF tai M’ va N'.

a) Chung minh ring (ADF) // (BCE).

b) Ching minh ring (CDF) /| (MM'N'N).

Gv Ths: Pham Hung Hai

B Dang 4.12. Chirng minh dudng thang song song véi mat phang

DE chung minh a song song (P), ta thudng st dung mot trong hai cich sau
(& Cach 1. (Pd xét 6 bai hoc trudc) Ta can chiing té cic ¥ sau:

e a khong nam trén (P);

e a song song véi mot dudng thang b nam trong (P). Suy raa // (P).

ag (P)
hay|{a/)b =a/ (P)
bC (P)

(¢ Céch 2. Taching minh dudng thiang a ndm trong mét phang (Q) va (Q) // (P) thia J/ (P).
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vidu1_ )

@ Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi Gy, G,, G3 lan lugt 1a trong

tdm cac tam gidc SAB, ABC, SBD. Goi M 1a mot diém thudc dudng thang G,G3. Ching minh
G M || (SBC).

\

- vidu2 g )
@ Cho hinh chép S.ABCD c6 day 1a hinh binh hanh tim O. Goi M, N lan lugt la trung diém cda
SA va CD.

a) Ching minh hai mit phang (OMN) va (SBC) song song véi nhau.

b) Goi I la trung diém ctia SD, J 1a mot diém trén (ABCD) va cach déu AB, CD. Ching minh
1J song song vGi (SAB).

¢) Gia st hai tam gidc SAD, ABC can tai A. Goi AE va AF lan luct 1a cic dudng phan gidc
trong ctia tam giac ACD va SAB. Chting minh EF song song véi (SAD).

B Dang 4.13. Giao tuyén cia mat phang («) v6i mat phang (B)

biét () qua diém A; song song v&i mat phang (7). Thiét dién.

(a) // (B)
Sit dung tinh chdt ¢ (y)N (o) =a=a// b
(Mnp)=>b

vidu1 )

@ Cho hinh chép S.ABCD diy ABCD 1a hinh binh hanh tim H. Mit phang (P) di qua H va song

Noi Pau Cé Y Chi & P6 Cé Con Pudng

song v6i (SAB). Tim giao tuyén ctia

a) Mit phang (P) va mit phang (ABCD).

b) Mt phang (P) va mit phing (SBC).

@ Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M 1a diém bét ky trén AB. Goi

(o) 12 mit phang qua M va song song véi (SBC). Tim giao tuyén cia (o) v6i cac mit clia hinh
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chop.

@ Cho hinh hop chit nhat ABCD.A’B'C'D’. Goi M, N, P lan ludt 1a trung diém céc canh AB, AD,
A'D'. X4c dinh giao tuyén ctia (MNP) va ciac mit (A’B'C'D'), (AA’B'B).

vidus K

@ Cho hinh chép S.ABCD day la hinh binh hanh tam O c6 AC = a, BD = b. Tam giac SBD la

tam gidc déu. Mot mit phang (o) di dong song song v6i mit phang (SBD) va di qua diém I trén
doan AC.

a) Xdc dinh thiét dién ctia hinh chép véi mit phang (o).

b) Tinh dién tich thiét dién theo a,b va x = AL

O
- -
O
cC NG
>
L
= XKD BAITAPTY LUYEN %o,

2 \

o Bai 1. Cho hinh chép S.ABCD cé ddy ABCD 1a hinh binh hanh tam O. Goi M, N 1an lugt 13 trung

g di€m ctia SA va CD.

- Chiing minh hai mit phang (MNO) va (SBC) song song.

> \

) N
Bdi 2. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh tim O. Goi M, N, P lan ludt 1a trung
diém SA, SB, SD va K, I 1a trung diém cta BC, OM.

a) Ching minh (OMN) // (SCD).
b) Ching minh (PMN) /| (ABCD).
¢) Chiing minh K1 // (SCD).
\
Bai 3. Cho hinh chép S.ABCD cé ddy 1a hinh binh hanh tim O. Goi M, N lan lugt 1a trung diém
SA, SD
a) Ching minh (OMN) // (SBC).
b) Goi P, Q, R lan ludt la trung diém ctia AB, ON, SB. Ching minh PQ // (SBC) va (ROM) J/
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J® BAI TAP TRAC NGHIEM Lo,

Cau 1. Chon ménh dé ding trong cdc ménh dé sau:

(SCD).
\
Bai 4. Cho hinh chép S.ABCD c6 ddy 1a hinh binh hanh ABCD. Goi M, N, E lan lugt la trung
diém ctia cac canh AB, AD, SC. Trén doan AM lay diém K. Mit phang qua K song song v6i MNE
cit SB, AD 1an lugt tai P, Q. Tim giao tuyén clia mit phang (KPQ) va mit phang (SAD).
\
Bai 5. Cho hinh chép SABC c¢6 G la trong tim tam gidc ABC. Trén doan SA 14y hai diém M, N
sao cho SM = MN = NA.
a) Ching minh ring GM // (SBC).
2
b) Goi D la diém dbi xiing v6i A qua G. Chiing minh rang (MCD) // (NBG). 0
>
¢) Goi H =DM N (SBC). Ching minh ring H 1a trong tim tam gidc SBC. (A
N c
N O
Bai 6. Cho hinh hop ABCD.A’B'C'D’. Goi M 1a trung diém ctia canh AB. Tim thiét dién tao bsi @)
mit phang (P) song song véi (AB'D’) va di qua M va cit hinh hop. 8
\
‘O
Bai 7. Cho tif dién ABCD. Goi Gy, G», G3 lan lugt 1a trong tdm ctia cac tam giagc ABC, ACD, )
ADB. O
\ ==
L
a) Chiing minh (G{G»G3) // (BCD). @)
>
b) Tim thiét dién ciia tit dién ABCD véi mit phang G|G,Gs. Tinh dién tich thiét dién theo dién o)
tich tam gidc BCD 1a S. (:):
«O
(N
O
P

@ Trong khong gian hai dudng thang chéo nhau thi khong ¢ diém chung.

Trong khong gian hai dudng thang phan biét cling song song v6i mot mit phang thi song song véi
nhau.

@ Néu mit phang (P) chia hai dudng thang cling song song vdi mit phang (Q) thi (P) va (Q) song
song véi nhau.

(D) Trong khong gian hinh biéu dién ciia mot goc thi phéi 1a mot géc bing no.

Cdu 2. Xét cac ménh dé sau:
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a) Néu mit phang (P) song song véi mit phang (Q) thi (P) song song v4i moi dudng thang trong

(Q)-

b) Néu mit phang (P) va mit phang (R) clng song song v6i mit phang (Q) thi mit phang (P) va miit
phang (R) song song v6i nhau.

¢) Néu mit phang (P) song song vdi mit phang (Q) thi moi duong thang trong (P) déu song song vdi
moi dudng thing trong (Q).

d) Néu mit phang (P) song song v6i mit phang (Q) va dudng thiang a song song véi mit phang (Q)
thi dudng thang a song song véi mit phang (P).

S6 ménh dé ding 1a
@A) 2. ®) 1. (©) 3. (D) 4.
Cdu 3. Cho hinh hop ABCD.A’B'C'D’. Ménh dé nao sau day 1a sai?
Q) (ABCD) /| (A'B'C'D'). (AA'D'D) J| (BCC'B').
(C) (BDD'B) J (ACC'A"). (D) (ABB'A’) J/ (CDD'C').
Cau 4. Cho diém O nim ngoai mit phang (P). Goi M 1a mot diém thay d6i nam trén (P). Tap hop cic
trung diém ctia doan thang OM 1a

@ Mot doan thang . Mot mit phang. @ Mot duong thang. @ Mot tam gidc.

Cau 5. Trong cic ménh dé sau diy, ménh dé nao sai?

@ Néu hai mit phang phan biét cling song song véi mot mét phang thi ba thi chiing song song véi

Gv Ths: Pham Hung Hai

nhau.

Néu hai mit phang c6 mot diém chung thi chiing con ¢6 vo s6 diém chung khéc nita.

@ Néu mot dudng thang cat mot trong hai mit phang song song véi nhau thi sé cat mit phang con
lai.

@ Néu hai dudng thang phan biét cing song song v6i mot mit phang thi ching song song véi nhau.

Cau 6. Gia thiét nao dudi day két luan dudng thang a song song vdi mit phang (o)?
@ afbvab (). ® a/ (B)va (B) / (a).
©an(a) =w. Da/bvabc (o).
Cdu 7. Trong cic ménh dé sau. Ménh dé sai 1a
(A) Hai mit phing song song thi khong ¢6 diém chung.
Hai mit phang cuing song song véi mot mit phang thi song song véi nhau.
@ Hai mit phang song song v6i nhau thi moi dudng thang nam trong mit phang nay déu song song

v6i mit phang kia.
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@ Mot mit phang cat hai mét phang song song cho trude theo hai giao tuyén thi hai giao tuyén song

song véi nhau.
CAu 8. Tim khing dinh diing trong cic khiang dinh sau.
@ Néu mot dudng thang song song véi mot mit phang thi né song song véi mot dudng thang nao d6
nam trong mat phang dé.
Néu hai mit phing ciing song song véi mit phang thit ba thi ching song song véi nhau.
@ Néu ba mit phang phan biét doi mot cit nhau theo ba giao tuyén thi ba giao tuyén d6 phai dong
quy.
@ Trong khong gian, hai dudng thang cling vudng géc véi dudng thang thi ba thi hai dudng thing
doé song song voi nhau.
Cau 9. Cho dudng thang a thudc mit phing (P) va dudng thang b thudc mit phang (Q). Ménh dé nao
sau day dang?
@ajb=(P) /(Q. ®) (P) / (Q) =a  b.
© (P) f/ (Q)=a [/ (Q) vab /| (P). (D) a va b chéo nhau.

Cau 10. Cho mit phang (R) cit hai mit phang song song (P) va (Q) theo hai giao tuyén a va b. Ménh
dé nao sau day ding?

@ a va b vudong géc nhau. a va b song song.

(C) a va b cit nhau. (D) a va b chéo nhau.

Cau 11. Cho hinh 1ap phudng ABCD.A'B'C'D', ACNBD = O,A'C' N\ B'D' = O'. M,N, P lan lugt la
trung diém ctia cac canh AB,BC,CC’. Khi d6 thiét dién do mit phang (MNP) cét hinh lap phuong la
hinh

@ Tam giéc. Tu giéc. @ Ngt giac. @ Luc giac.
Cau 12. Cho tif dién déu SABC. Goi I 1a trung diém ctia doan AB, M 1a diém di dong trén doan Al. Qua
M vé mit phang (&) song song v6i (SIC). Thiét dién tao béi (o) véi td dién SABC 1a

@ hinh thoi. tam gidc can tai M. @ tam gidc déu. @ hinh binh hanh.

Noi Pau Cé Y Chi & P6 Cé Con Pudng

Cau 13. Cho hinh hop ABCD.A’B'C'D’. Mit phang (AB'D') song song v6i mit phang nio sau day?
(A) (BA'C'). (C'BD). (C) (BDA). (D) (ACD').
Cdu 14. Cho hinh chép S.ABCD, c6 ddy ABCD 1a hinh binh hanh tim O. Goi M,N lan lugt 1a trung
diém SA, SD. Miit phiang (OMN) song song véi mit phang nao sau day?
(A) (SBC). (SCD). (C) (ABCD). (D) (SAB).
Cau 15. Cho hinh hop ABCD.A’B'C'D’. Mit phang (AB'D') song song v6i mit phang nao sau day?

(A) (BDA). (A'C'C). (©) (BDC). (D) (BCA).
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Cau 16. Cho hinh chép S.ABCD c6 ddy 1a mot hinh binh hanh. Goi A, B, C’, D’ 1an lugt 12 trung diém
clia cac canh SA, SB, SC, SD. Tim ménh dé ding trong cdc ménh dé sau.

(A) A'B' | (SBD). A'B' | (SAD). (©) (A’C'D)) /| (ABC). (D) A'C' JJ BD.
Cadu 17. Cho hinh hop ABCD.A’B'C'D’. Ménh dé nao sau day 1a ménh dé sai?

(A) (BA'C') /| (ACD'). (ADD'A) J| (BCC'B').

(O (BA'D) j/ (CB'D). D) (ABA) jf (CB'D).

Cau 18. Cho hinh hop ABCD.A’B'C’'D’ va diém M nim giita hai diém A va B. Goi (P) 1a mit phang di
qua M va song song v&i mit phang (AB'D’). Miit phing (P) cit hinh hop theo thiét dién 12 hinh gi?
(A) Hinh ngii gidc. Hinh luc gidc. (C) Hinh tam gidc. (D) Hinh ttt gidc.

Cau 19. Cho t dién ABCD c6 AB = 6, CD = 8. Cit tii dién bdi mot mit phang song song véi AB, CD

d€ thiét dién thu dudc 1a mot hinh thoi. Canh ctia hinh thoi d6 bang

31 9 18 24 15

7 7 7 7
Cau 20. Cho hinh lap phuong ABCD.A’B'C'D’ canh a. Goi M 1a trung diém ctia AB, N 1a tam hinh
vuong AA'D'D. Tinh dién tich thiét dién ctia hinh 1ap phuong ABCD.A’'B'C'D’ tao bdi miit phang (CMN).

@ a*\/14 3a*\/14 3a? @ a*\/14
4 2 4 2
Cau 21. Cho hinh chép S.ABCD c6 ddy 1a hinh binh hanh ABCD tim O. AB =8, SA = SB=6. (P) la

miit phang qua O va song song Vi (SAB). Thiét dién ctia hinh chép vé6i (P) c6 dién tich bing
A) 61/5. 5v/5. © 12. (D) 13.

Cdu 22. Cho hinh chép S.ABCD c6 ddy la hinh thang ABCD, AB//CD, AB = 2CD. M la di€ém thudc
canh AD, (&) l1a mit phang qua M va song song v6i mit phang (SAB). Biét dién tich thiét dién ctia hinh

5 2 . 2 2 MA
chodp cat bsi mat phang (o) bang 3 dién tich tam giac SAB. Tinh ti s0 x = 7D

@x:%. x:l. @x:%. @x:g.
Cdu 23. Cho tif dién ABCD c6 tat ca cic canh déu bang a, diém G 1a trong tAm ctia tam giac BCD. Goi
(P) 1a mit phang di qua G va song song v6i mit phang (ABC). Tinh dién tich S ctia thiét dién tao bdi mit
phang (P) va ti dién ABCD.

a3 a3 a3 a3
@A) s = o B) S = T ©)s= = D) s = -

— HET—
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PE TRAC NGHIEM ON TAP CUOI
CHUONG

D i1 e,

C@u 1. Cho hinh chép S.ABCD c6 ddy 12 hinh thang ABCD (AB J/ CD). Khéng dinh nao sau day sai?
(A) Hinh chép S.ABCD c6 4 mit bén.
Giao tuyén ctia hai mit phiang (SAC) va (SBD) 1a SO (O la giao diém ctia AC va BD).
@ Giao tuyén ctia hai mit phang (SAD) va (SBC) 1a SI (I 1a giao diém ctia AD va BC).
@ Giao tuyén clia hai mit phang (SAB) va (SAD) 1a dudng trung binh ctia ABCD .

Cdu 2. Cho tif dién ABCD. Goi I,J 1an ludt 1a trong tdm céc tam gidc ABC va ABD. Chon khang dinh
diing trong cac khang dinh sau?

@ 1J song song v6i CD. 1J song song v4i AB.

(C) 1J chéo CD. (D) 1J cit AB.

Cau 3. Cho dudng thang a va mit phiang (P) trong khong gian. C6 bao nhiéu vi tri tuong dbi ctia a va
(P)?

@A) 2. B) 3. ©)1. (D) 4.

Cdu 4. Cho hai dudng thang chéo nhau a va b. Khang dinh nao sau day sai?
@ C6 duy nhat mot mit phang song song véi a va b.
C6 duy nhat mot mit phang qua a va song song véi b.
@ C6 duy nhit mot mit phang qua diém M, song song véi a va b (véi M 1a diém cho trudc).

@ C6 vo s6 dudng thang song song véi a va ct b.

Cdu 5. Trong cic ménh d& sau, ménh dé nao ding?

@ Hai mit phang khong cit nhau thi song song.

Noi Pau Cé Y Chi & P6 Cé Con Pudng

Hai mit phang cliing song song v6i mot dudng thang thi cit nhau.
@ Qua mdt diém nam ngoai mot mit phang cho trudc cé duy nhit mot mit phang song song véi mit
phang dé.
@ Qua mot diém ndm ngoai mot mit phang cho trude ¢ vo s mit phang song song véi mit phang
do.
Cau 6. Cho hinh ling tru ABC.A’B'C’. Goi 1, I' 1an ludt 1a trung diém cta AB, A’B’. Qua phép chiéu
song song phuong AI’, mit phang chiéu (A’B'C’) bién I thanh?

@A A B. ©cC. D).
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Cau 7. Cho tii dién ABCD. Goi G la trong tim ctia tam giac BCD. Giao tuyén ctia mit phang (ACD) va
(GAB) 1a

(A) AM (M 1a trung diém ciia AB). AN (N la trung di€m ctia CD).

(C) AH (H 1a hinh chiéu ctia B trén CD). (D) AK (K 1a hinh chiéu ctia C trén BD).
Cau 8. Cho hinh chép S.ABCD c6 AD khong song song véi BC. Goi M,N,P,Q,R, T lan luct 1a trung
diém AC,BD,BC,CD,SA,SD. Cip dudng thang nao sau diy song song véi nhau?

(A) MP vaRT. MQ vaRT. (C) MN vaRT. (D) PQ va RT.
CdAu 9. Cho hinh chép S.ABCD c6 ddy 1a hinh thang vé6i cdc canh ddy 12 AB va CD. Goi 1,J 1an ludt 1a
trung diém ctia AD va BC va G la trong tAm ctia tam gidc SAB. Giao tuyén cta (SAB) va (I1JG) 1a

@ SC. duong thang qua S va song song v6i AB.

@ dudng thang qua G va song song véi DC. @ dudng thang qua G va cit BC.
Cau 10. Cho hai dudng thing phan biét a,b va mit phang (o). Gid stia // b,b // (o). Khi d6

Aaf (). B) ac (a).

(©) a cit (a). (D) a // () hoic a C (o).
Cau 11. Cho dudng thiang a nim trong mit phang (). Gia st b ¢ (o). Ménh dé nao sau day diing?
(A)Néub // (o) thib / a.
Néu b cit (o) thi b cit a.
(ONéub fathib/ (o).

@ Néu b cit (&) va (B) chia b thi giao tuyén cta («) va (8) 1a dudng thang cit cd a va b. .
Cdu 12. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tdm O. Goi M,N,I theo thi tu la
trung diém ctia SA, SD va AB. Khang dinh nao sau day ding?

(A) (NOM) cit (OPM). (MON) /| (SBC).

(C) (PON)N (MNP) = NP. (D) (NMP) J/ (SBD).
Cadu 13. Cho tif dién ABCD. Goi 1, J va K 1an ludt 1a trung diém ctia AC, BC va BD. Giao tuyén clia hai
mit phang (ABD) va (IKJ) 1a dudng thang

(A) KD. B) KI.

@ qua K va song song véi AB. @ Khong cé.

Cdu 14. Cho hinh ling tru ABC.A’B'C’, qua phép chiéu song song phuong CC’, mit phang chiéu
(A’B'C’) bién M thanh M’. Trong d6 M 1a trung diém cda BC. Chon ménh dé ding?

(A) M’ 1a trung diém ciia A'B'. M’ 1a trung di€m cta B'C’.
@ M’ 1a trung diém cta A'C’. @ Ca ba dap 4n trén déu sai.

Cdu 15. Trong cic khang dinh sau, khang dinh nao diing?
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(A)Néu 3 diém A, B, C 1a 3 diém chung ctia 2 mit phing (P) va (Q) thi A, B, C thing hang.
Néu A, B, C thang hang va (P), (Q) c6 diém chung 12 A thi B, C ciing 12 2 di€ém chung ctia (P) va

(Q).
(C)Néu 3 diém A, B, C 1a diém chung ctia 2 mit phing (P) va (Q) phan biét thi A, B, C khong thing

hang.
(D) Néu A, B, C thing hang va A, B 1a 2 diém chung ciia (P) va (Q) phan biét thi C ciing 1a diém chung
cta (P) va (Q).
Cau 16. Cho hinh chép S.ABCD c6 M, N, P 1an ludt 1a cac diém thudc cac canh SA, SB, SC. Goi O 1a
giao diém ctia AC va BD. Biét Q 1a giao diém ctia SD v6i mit phang (MNP). Khang dinh nao sau day

dung?
(A) SO, MP, NQ ddng quy. M, N, Q thang hang.
@ N, P, Q thing hang. @ SO, SD, NQ dong quy.

Cau 17. Cho hinh chép S.ABC c6 M, N lan luot 1a trong tim ctia tam gidc SAB va SBC. Goi A 1a giao
tuyén giita hai mit phang (ABC) va (AMN). Khang dinh nao sau day 12 sai?

(A) A /| MN. A di qua hai diém A va C.

(C) A cit SB. (D) Bén diém A, M, N, C ddng phing.

Cadu 18. Cho hinh chép S.ABC c¢6 M, N, P lan luot 1a trong tAm ctia cac tam gidc SAB, SBC, SCA. Goi
(o) 1a mit phang qua S va song song véi (ABC). Biét Q 1a giao diém giita AN va (o). Ti s6 Z—Z bing
1
® 5. ® 3 ©. ® 3.
Cau 19. Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh binh hanh. Goi E 1a trung diém cta BC va ()
12 mit phiang qua E ddng thoi song song v6i BD va SC. Ky hiéu (T) 1a thiét dién tao bdi (ct) va hinh
chép. Khang dinh nao sau day la ding?

(A) (T) 1a ngi gidc. (T) 1a hinh binh hanh.
(C) (T) 1a tam gidc. (D) (T) 1a hinh thoi.

Noi Pau Cé Y Chi & P6 Cé Con Pudng

Cau 20. Cho hinh chép S.ABCD c¢6 ddy ABCD 1a hinh binh hanh. Diém M di dong trén canh BC va
(o) 1a mit phang di qua M ddng thdi song song véi cac canh SB, CD. Goi N, P, Q lan lugt 1a giao diém
ctia SC, SD, AD véi (o) va K 1a giao diém ctia MN véi PQ. Khi M di chuyén trén BC thi K chuyén dong
trén mot dudng thang A cb dinh. Khang dinh nao sau diy ding?

(A) A J/ NP. B) A/ PO. (© Ay cp. (D) A J BC.

— HET—
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D ois62 e,

Cau 1. Céc yéu t6 nao sau diy xac dinh mot mét phang duy nhat?

(A) Ba diém. Mot diém va mot duong thang.
(C) Bén diém. (D) Hai dudng thing cit nhau.

Cdu 2. Trong cic ménh dé sau, ménh dé nao sai?
@ Hai mit phang phan biét cling song song véi mot mit phing thi song song v6i nhau.
Néu mot dudng thang song song vdi mot trong hai mit phang song song thi né song song vdi miit
phéng con lai.
@ Néu mot mit phang cat mot trong hai mit phang song song thi né cat mit phang con lai.

@ Néu mot dudng thang cat mot trong hai mit phang song song thi né cat mit phang con lai.

Cdu 3. Cho ti dién ABCD. Goi M,N,P,Q,R, S lan ludt 1a trung diém céc canh AB, BC, CD, DA, AC,
BD. Trong ciac ménh dé sau, ménh dé nao diing?

@ Ba dudng thang MQ, RS, NP d6i mot song song.

Ba dudng thang MP,NQ, RS ddng quy.

(C) Ba dudng thing NQ, SP,RS ddng phéng.

@ Ba dutng thang MN, RS, PQ d6i mot cat nhau.
Cdu 4. Trong khong gian cho bdn diém khong ddng phang, c¢6 thé xac dinh nhiéu nhét bao nhiéu mit
phang tir cac diém d6?

A) 6. 2. (©) 3. (D) 4.
Cdu 5. Cho chép S.ABCD c6 day ABCD la hinh thang v6i AB // CD. Gia st ACNBD = O vaADNBC =
1. Khi d6 giao tuyén ctia hai mit phang (SAD) va (SBC) 1a

(A) S0. B) SC. (©) sI. (D) SD.

Cdu 6. Cho chép S.ABCD c6 day ABCD 1a hinh thang v6i AB // CD. Gia st ACNBD = O vaADNBC =
1. Khi d6 giao tuyén ctia hai mit phang (SAC) va (SBD) la

A so. SB. (©) s1. (D) SA.

Cdu 7. Cho chép S.ABCD c6 ddy ABCD 1a hinh binh hanh tim O. Goi M, N, P, Q lan ludt 12 trung diém
cdc canh SA,SD,AB,ON. Khi d6 diéu khang dinh nao sau day la sai?
(A) (MON) /| (SBC). (MOP) J/ (SBC).  (C)MN /| (ABCD). (D) (MON) J/ (ABC).

Gv Ths: Pham Hung Hai

Cadu 8. Cho hinh 1ap phuong ABCD.A’B'C'D’. C6 bao nhiéu canh cta hinh 1ap phuong chéo nhau véi
duong chéo AC’ cua hinh 1ap phuong?

@) 2. B) 3. (©) 6. (D) 4.
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CAu 9. Cho hai hinh binh hanh ABCD va ABEF khong thudc cing mot mit phang, ¢6 canh chung AB.

Két qui nao sau day ding?
(A) BC /| (AEF). FD J/ (BEF). (C) (CEF) /| (ABD). (D) (AFD) /| (BCE).

Cau 10. Cho hinh lap phuong ABCD.A'B'C'D’. Khing dinh nao sai?

(A) (A'BD) /j (CB'D). (AB'D') | (A'BD). (C) B'D' /| (BCD). (D) (DA'C') Jj (B'AC).
Cau 11. Trong ciac ménh dé sau, ménh dé nao sai?

@ Hinh chiéu song song ctia hai dudng thang cat nhau c6 thé song song véi nhau.

Hinh chiéu song song ctia hai dudng thang cit nhau c6 thé cat nhau.

@ Hinh chiéu song song ctia hai dutng thang cat nhau c6 thé tring nhau.

@ Mot dudng thang cé thé tring véi hinh chiéu song song ctia no.

Cdu 12. Trong ciac ménh dé sau, ménh dé nao diing?
@ Hinh chiéu song song ctia hai dutng thang chéo nhau c6 thé tring nhau.
Hinh chiéu song song ctia hai dutng thang chéo nhau thi cit nhau.
@ Hinh chiéu song song ctia hai dutng thiang chéo nhau cé thé song song véi nhau.
@ Hinh chiéu song song ctia hai dudng thang chéo nhau c6 thé cit nhau, trung nhau, song song véi

nhau.

D6 C6 Con budng

Cdu 13. Cho hinh chép S.ABC. Goi M, N lan lugt 12 hai di€ém thudc vao cic canh AC, BC sao cho MN “O
khong song song véi AB. Goi Z 1a giao di€ém ctia AN va (SBM). khang dinh nao sau day ding?

(A) Z 1a giao diém ctia AM va BN. Z la giao di€m cta AN va BM. >
(C) Z 1a giao diém ctia MN va AB. (D) Z 1a giao diém ctia SM va SN. ¥o)
Cadu 14. Cho hinh hép ABCD.A'B'C'D’. Goi M, N 1an ludt 1a trung diém cac canh AB,AA’. Khang dinh (:),
nao ding? O
(A) Giao tuyén clia mit phiing (DMN) va mit phing (ABB'A’) 1a dudng thing MA. a_)
Giao tuyén ctia mit phang (DMN) va mit phang (CDD'C’) 1a dudng thang di qua D song song vé6i 2

CD'.
(C) Giao tuyén ctia mit phing (DMN) va mit phing (BB'C'C) 1a dudng thing di qua B va giao diém
cua hai duong DM va BC.
@ Giao tuyén ctia mit phang (DMN) va mit phing (AB'C'D’) 1a dudng thing di qua N va giao ciia
hai dudng thang A’B’ va MN.
Cau 15. Chon khang dinh sai?
@ Néu mot dudng thang cat mot trong hai mit phang song song thi sé cat mit phang con lai.

Néu hai mit phang song song thi moi dudng thang nam trén mit phang nay déu song song véi mit

phing kia.
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@ Néu mit phang (P) chida hai dudng thang cling song song vdi mit phang (Q) thi (P) va (Q) song
song véi nhau.
(D) Néu hai mit phing (P) va (Q) song song véi nhau thi mit phing (R) da cit (P) déu phai cit (Q)
va cdc giao tuyén clia ching song song vdi nhau.
Cau 16. Cho hinh chép S.ABC. Goi M 1a trung diém ctia SB, mit phang (o) di qua M va song song vdi
mit phang (ABC) cit SA, SC 1an ludt tai N, P. Khang dinh nao ding?
@ Hai mit phang (o) va (MNP) khic nhau . MP cit BC.
(C) MN cit AC. (D) MP J/ BC.

Cau 17. Trong mit phang (P) cho hinh binh hanh ABCD, qua A, B,C,D 1an lugt vé bon duong thiang
a,b,c,d d6i mot song song véi nhau va khong nam trén (P). Mot mit phang cit a, b, c,d 1an luct tai bon
diém A’,B',C’,D’. Chon dép én sai?

(A) AA'+CC' = BB + DD CC'+ BB =AA' 4+ DD

(CAB+A'B =CD+C'D. (D) AD+A'D' =BC+B/C'.

Cau 18. Cho ti dién déu S.ABC. Goi I 1a trung diém ctia AB, M 12 mot diém di dong trén doan Al. Goi
(P) 1a mit phang qua M va song song véi (SIC). Thiét dién tao bdi (P) va tii dién S.ABC 1a?

@ Hinh thoi. Tam gidc can tai M.

(C) Tam gidc déu. (D) Hinh binh hanh.

Cau 19. Cho hinh ling tru tam gidc ABC.A’B'C’. Goi M, M’ 1an luct 1a trung diém cta BC,B'C’. Khi
d6 giao cia AM' véi (A'BC) la

(A) Giao clia AM’ va A'M. Giao ctia AM’ va BC.

(C) Giao cia AM’ va B'C'. (D) Giao ciia AM’ va A'C.
Cau 20. Cho hinh chép S.ABCD day 1a hinh binh hanh tam O. Goi M, N, P,Q lan luct 13 trung diém
cic doan SA,SD,AB, ON. Khang dinh nao sai?

(A) (MON) J/ (SBC). (SAD) /| PQ. (C) (SBC) J/ ON. D) (SBC) /I PQ.

Cdu 21. Cho hinh hdp ABCD.A’B'C'D’. Hai diém M, N lan lugt nam trén hai canh AD,CC’ sao cho
AM CN A z g
MD = NC' Thiét dién cta hinh hdp cat bsi mit phang qua MN va song song véi (ACB') 1a?
@ Hinh binh hanh. Ngi gidc. @ Luc giéc. @ Hinh thang.
CAu 22. Cho ling tru tam giac ABC.A'B'C’. Goi M, N 1an lugt 12 trung diém ctia BB',CC’. Pudng thang

qua di qua trong tam / ctia tam gidc ABC cit A’B va MN lan ludt tai P, Q. Khi d6 ty s6 % bing?
@3 > © 2. ® 2.
5 2 5 3
CAu 23. Cho hinh hop ABCD.A’B'C'D’. Pudng thang AC' cat (DBA’) va (D'B'C) 1an lugt tai H,K.

Khang dinh nao sai?
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@ Cic trung diém ctia sau canh BC,CD,DD’,D'A’,A’B’, B'B khong thudc ciing mot mit phang.
(BDA') J| (B'D'C).

(O AH = HK = KC'.

(D) H, K 1an lugt la trong tim ciia cac tam BDA va B'D'C.

Cdu 24. Cho hinh lap phuong ABCD.A’B'C'D’ canh a. Trén AB,CC’,C'D’,AA’ 1an lugt 1iy cic diém
M,N,P,Q sao cho AM = C'N = C'P = AQ = x(0 < x < a). Goi R,S lan lugt 1a trung di€ém cic canh
BC,A'D’. Miit phiang (MNP) ludn chita mot dudng thing cb dinh la:

(A) A'B. RS.

@ di qua S song songg véi A'C. (D) di qua R song song véi AC'.
Cau 25. Cho tit dién ABCD. GOi I,J 1a hai diém di dong trén AD, BC sao cho ludn c6 % = % Puong
thang 1J ludn song song v6i mot mit phang cb dinh nao?

@ Miit phang di qua AC va song song véi BD.

Miit phang di qua AB va song song véi CD.

@ Mt phang di qua AC va song song véi AB.

@ Mit phing di qua trung tuyén tam giac ABD va song song v6i AC.

— HET—

Noi Pau Cé Y Chi & P6 Cé Con Pudng
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6. DAP AN TRAC NGHIEM CAC CHU DE -

DAP AN TRAC NGHIEM BAI 1

1. AJl22 DJ[3. B[4 DJ[5. Al|l6. DI||7. A8 D9 AJll10. C |
'11. D |[12. B |[13. C |[14. C |[15. B |[16. D |[17. A |[18. A |[19. A |[20. C |
121. A ||22. D |[23. A |[24. C |[25. C |
DAP AN TRAC NGHIEM BAI 2
1. DJ[2. Cc|[3. A4 cCc]l5. D|l6. AJ7. D]8 cC 9. A]ll10. C |
[11. A |[12. D |[13. B |[14. C |[15. C |[16. D |[17. B |[18. C |[19. A |[20. A |
5 DAP AN TRAC NGHIEM BAI 3
o
- -
o L. _CJ2. BJ3. A4 A|5. DJ6. DJ[7. A8 _C 9. B |[10. B |
,g [11. B |[12. D |[13. C |[14. A ||15. B |[16. D |[17. A |[18. C |[19. C |[20. D |
L
- DAP AN TRAC NGHIEM BAI 4
U.
c
O 1. A2 B3 c4 B]J[5 DJ[7. B][8. A]l9. c ][10. B |[11. D |
2 [12.B][13. B J[14._ A J[15. C |[16. C |[17. D J[18. B |[19. C ][20. A |[21. A ]
'; 122. A ||23. C |
O , —
DAP AN TRAC NGHIEM BE SO 1
1. DJ[2. A|[3. B4 Al]l5. c|l6. BJ|7. B]8&. B 9. C|[10. D |
[11. C |[12. B |[13. C |[14. B ||15. D |[16. A |[17. C |[18. B |[19. A |[20. D |
DAP AN TRAC NGHIEM BE SO 2
1. DJ[2. B|[3. B[4 DJ[5. c|l6. A|[7. D]8 cC 9. D]|[10. B |
[11. A |[12. C |[13. B |[14. B ||15. € |[16. D |[17. B |[18. B |[19. A |[20. B |

121. C ||22. C |[23. A |[24. B |[25. B |
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