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A. CAU HOI

DANG 1. CAUHOI LY THUYET

Cau 1. Khang dinh nao sau dy ding?
A. Hai mit phang phan biét cing vudng goc voi mot mit phing thi song song véi nhau.
B. Hai duong thang phan biét ciing vudng goéc véi mot mit phang thi song song voi nhau.
C. Hai mit phing song song khi va chi khi goc giita chung bang 0°.
D. Hai duong thang trong khong gian cét nhau khi va chi khi goc gitra chung 16n hon 0° va nhé hon
90°.

Cau2. Chon ménh dé dung trong cic ménh dé sau:
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Cau 5.

Cau 7.

A. Goc giira hai mit phang bang goc gitta hai dudng thang tiy ¥ nam trong mdi mit phang.
B. Goc giita hai mit phang bang goc giita hai dudng thang lan lugt vudng goc véi hai mat phang
do.
C. Goc giira hai mt phang luén 1 goc nhon.
D. Goc gitra hai mit phang bang goc gitta hai vec to chi phuong cta hai dudng thang 1an luot vudng
goc v6i hai mat phang do.
Trong cac ménh dé dudi day, ménh dé nao sai?
A. Hinh chép tir giac déu co tat ca cac canh bang nhau.
B. Hinh chop tir giac déu c6 cac canh bén bang nhau.
C. Hinh chop ti gidc déu co day 1a hinh vudng.
D. Hinh chép tir giac déu c6 hinh chiéu vudéng goc cua dinh 1én day tring véi tim cua day.

Cho c4c dudng thdng a,b va cdc mit phang («),(/). Chon ménh dé ding trong cdc ménh dé

al(a) alb
A. {ac(ﬂ):(a)i(ﬂ). B. { ( ):>b//(a).
alb ( ) L(A)
C.qac(a)=(a)L(B). D.jac(a) =alb.
b=(P) =(h)

Trong cac ménh d;é sau ddy, ménh dé nao 1a dung? i . i
A. Cho hai mat phang vudng goc vo6i nhau, néu mot duong thang nam trong mat phang nay va
vuodng goc voi giao tuyén ctia hai mit phang thi vudng goéc véi mat phang kia.
B. Qua mot diém co duy nhat mot mit phang vudéng goc voi mot mét phang cho trude
C. Néu hai duong thang phén biét cting vudng goc v6i mot duong thang thir ba thi chiing song song
v6i1 nhau.
D. Buong thang d 1a duong vudng goc chung cua hai duongthang chéo nhau a,b khi va chi khi
d vudng goc vdica a va b.

Cho dudng thang a khong vudng goc véi mit phang («). c6 bao nhiéu mit phang chira a va
vudng goc véi («).
A 2. B. 0. C. V6 5. D. 1.

Manh bia phiang nao sau day c6 thé xép thanh lang tru tr gidc déu?
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Cau 8.

Cau 10.

Cau 11.

Cau 12.

C. D.

Trong cac ménh dé sau, ménh dé nao diang?
A. Néu mot duong thing nam trong mit phang nay va vudng goc v6i mat phing kia thi hai mit
phang vudng goc nhau.
B. Néu hai mit phang cling vudng goc v6i mit phang thi ba thi chung song song vdi nhau.
C. Néu hai mit phang vudng goc voi nhau thi moi duong thang nam trong mat phang nay déu vuong
gbc vo1 mat phang kia.
D. Néu hai mit phing cting vuéng goc voi miat phang thir ba thi chung vudéng goc voi nhau.

Cho dudng thing a khong vudng géc v6i mét phang (). C6 bao nhiéu mit phing chira a va
vudng goc véi (a)?
A. 2. B. 0. C. Vo sb. D. 1.

C6 bao nhiéu ménh d& dung trong cac ménh dé sau day?
1) Hinh hop dung c6 day 1a hinh vuong la hinh 1ap phuong
11) Hinh hop chit nhat co tat ca cac mat 1a hinh chit nhét
ii1) Hinh lang tru dimg c6 céc canh bén vuong goc véi day
iv) Hinh hop c6 tat ca cic canh bang nhau 1a hinh 13p phuong
A. 1. B. 2. C. 3. D. 4.

(Nong Cong - Thanh Héa - Lan 1 - 1819) Trong khong gian cho hai dudng thang a,b va mit
phang (P), xét cac phat biéu sau:

(). Néu a//b ma a L(P) thiludncé b L(P).

(ID). Néu a L (P) va a Lb thiludénco b//(P).

(I1T). Qua dudng thang a chi c6 duy nhat mot mit phing (Q) vudng goc v6i mit phang (P).
(IV). Qua dudng thang a ludn ¢ vo sé miat phang (Q) vudng goc voi mat phang (P).

S6 khang dinh dung trong cac phat biéu trén 1a
A. 1.
B. 4.
C.2.
D. 3.

Trong cac khéng dinh sau, khang dinh nao 13 khang dinh sai?

A. Hai mit phing phén biét cung vudng gbc vo1 mot mat phang thi song song véi nhau.

B. Néu mot duong thang vudng goc véi mot trong hai dudng thing song song thi cling vudng goc
véi dudng thang con lai.

C. Hai mit phang phén biét cung vudng goc voi mot duong thang thi song song v&i nhau.

D. Néu mot duong thing va mot mit phiang (khong chira dudng thing d6) ciing vudng goc véi mot
duong thang thi song song voi nhau.
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Cau 13.

Cho hai mit phing (P) va (Q) song song véi nhau va mot diém M khong thue (P) va (Q).
Qua M c6 bao nhiéu mit phiang vuéng goc véi (P) va (Q).
A.3. B. Vo sb. C.1. D. 2.

DANG 2. XAC PINH QUAN HE VUONG GOC GIUA HAI MAT PHANG, MAT PHANG
VOI PUONG THANG, PUONG THANG VOI PUONG THANG

Dang 2.1 Puong thang vudng goc vi mat phang, dudng thang vudng goc voi duong thang

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cho hinh chép S.ABCD déu. Goi H 1a trung diém ctia canh AC . Tim ménh dé sai?
A. (SAC)L(SBD).  B.SH L(ABCD). C.(SBD)L(ABCD).D.CD L(SAD).

Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh binh hanh tdim O va S4 = SC, SB=SD . M¢nh
dé nao sau day sai?
A. SC L(SBD). B. SO 1 (ABCD).

C. (SBD) L(ABCD). D.(S4C)L(A4BCD).

Cho hinh chép S.4ABCc6 day la tam giac ABC vudng tai B va canh bén SA vudng goc voi mat
phang (ABC). Ménh d nao sau day sai?
A. SA 1L BC. B. AB 1 BC. C. ABLSC. D. SB 1 BC.

Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudng canh a, tam giac SAB déu va nim trong
mit phang vudng goc v6i mit phing day. Tinh sin ctia goc tao bai dudng MD va mit phang (SBC )

PRIES B Y3 . 5. LR

5 3 5 3
(THPT TRIEU THI TRINH - LAN 1 - 2018) Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh
vudng, hai mit bén (SAB) va (SAD) vudng goc véi mit ddy. AH, AK lan lugt la dudng cao cla
tam gidc SAB, SAD . Ménh dé nao sau ddy 1a sai?
A. BC 1 AH . B. SA41 AC. C. HK 1 SC. D. AK 1 BD.

Dang 2.2 Hai mit phang vudng goc

Cau 19.

Cau 20.

Cau 21.

Cho hinh chép S.4ABCD c6 ddy ABCD 14 hinh thoi va SB vudng goc véi mit phing (ABCD).
Mit phang nao sau ddy vudng goc v6i mit phang (SBD) ?
A. (SBC). B. (S4D). C. (SCD). D. (54C).

Cho lang tru dimg ABC.A'B'C' c6 day la tam gidc ABC vudng can tai 4. Goi M la trung diém
cua BC, ménh dé nao sau day sai ?
A. (4BB') L(ACC"). B.(AC'M) L(ABC).
C. (AMC") L(BCC"). D. (ABC)L(A4BA').

(THPT TU'KY - HAI DUONG - LAN 2 - 2018).Cho hinh chop S.4BC ¢6 ddy ABC 1a tam gidc
can tai B, canh bén S4 vudng goc voi day, / latrung diém AC, H 1a hinh chiéu cua 7 1én SC
. Khang dinh nao sau day dtng?
A. (BIH)L(SBC).  B.(SAC)L(S4B). C.(SBC)L(A4BC). D.(SAC)L(SBC).
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Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cho hinh chép S.4BC ¢6 ddy ABC 1a tam giac vudng cén tai B, SA L (ABC), goi M 1a trung

diém cua AC . Ménh dé nao sai ?

Ay

A. (S4B)L(S4C). B.BM _LAC. C. (SBM) L(SAC). D. (SAB)L(SBC).

Cho hinh chop S.4BCD c¢6 didy ABCD la hinh vudng canh a, tdm O, S4 L (ABCD), SA= a6
(nhu hinh v&). Ménh dé nao sau day la dung?.
A. (SBC) L (ABCD). B.(SBC)L(SCD). C.(SBC)L(SAD) D.(SBC)L(S4B).

Cho hinh lang tru t&r gidc déu ABCD.4'B'C'D'. Mit phang (4B'C) vudng gbc v6i mit phing
nao sau day?
A. (D'BC). B. (B'BD). C. (D'4B). D. (BA'C").

Cho hinh chép S.4ABC c6 day ABC la tam giac vudng tai A, canh bén S4 vudng goc véi (ABC )

. Goi I 1a trung diém canh AC, H 1a hinh chiéu cua / trén SC . Khing dinh nao sau ddy dtng?
A. (SBC) L(IHB).  B.(SAC)L(S4B). C.(SAC)L(SBC). D.(SBC)L(S4B).

Cho hinh chép S.ABCD c6 SA L(ABCD), daéy ABCD la hinh thang vuéng tai 4 va D. Biét
SA=AD =DC =a, AB =2a.Khing dinh nao sau diy sai?
A. (SBD) L (84C). B. (SAB) L(S4D). C.(SAC)L(SBC). D.(S4D)L(SCD).

Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng. Mét bén S4B la tam giac déu va nam

trong mat phang vudng goc v4i mit phang day.Trong s6 cac mat phang chtra mat day va cac mat
bén ctia hinh chép, c6 bao nhiéu mit phing vudng goc véi miat phiang (SAB)?

A. 4. B. 3. C.1. D. 2.

(THPT THANH MIEN I - HAI DUONG - LAN 1 - 2018) Cho hinh hop ABCD.A'B'C'D’, khing
dinh nao ding vé hai mit phing (4'BD) va (CB'D').
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Cau 29.

A. (4'BD) L (CB'D"). B.(4'BD)//(CB'D').
C. (4'BD)=(CB'D'). D.(A'BD)n(CB'D')=BD'.
(SGD&DT BRVT - 2018) Cho hinh chdp S.4BCD ¢6 ddy ABCD la hinh thoi, S4=SC . Khing

dinh nao sau day dung?

A. Mt phiang (SBD) vuéng gbe véi mit phing (ABCD).
B. Mit phang (SBC) vudng goc véi mit phang (4BCD).
C. Mit phing (SAD) vuéng gée véi mit phang (ABCD).
D. Mit phing (S4B) vudng goc v6i mit phing (ABCD).

DANG 3. XAC PINH GOC GIUA HAI MAT PHANG

Dang 3.1 Géc ctia mat phang bén voi mit phang day

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

[KIM LIEN - HA NOI - LAN 1 - 2018] Cho hinh 1ap phuwong ABCD.A'BC'D’ . Tinh goc giita mat
phang(ABCD) va (ACC'A’).
A. 45°, B. 60°. C. 30°. D. 90°.

(Thi thir SGD Hung Yén) Cho hinh 18p phuong ABCD.4'B'C'D'. Goc gifta (ABCD) va
(A'B'C'D') bang
A. 45°. B. 60°. C. 0°. D. 90°.
(THPT QUYNH LUU - NGHE AN - 2018) Cho hinh chép tir giac déu c6 canh day bang a2 va
chiéu cao bang %. Tang cta goc gitta mit bén va mat day bang:

Al B. L. C. 3. D.>.

3 4

(SG GD&PT QUANG NAM - 2018) Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh vudéng, S4
vudng goc véi mét ddy (tham khao hinh vé& bén). Géc giita hai mit phang (SCD) va (ABCD) béng

A. Géc SDA. B. Goc SCA. C. Goéc SCB. D. Goc ASD.

(THPT QUANG YEN - QUANG NINH - 2018) Cho hinh chép t& giac S.ABCD c6 day 1a hinh
chit nhat canh AB =4a, AD =3a . Cac canh bén déu c6 d6 dai 5a . Tinh goc a gilra (SBC) va
(ABCD).

A. a ~75°46' . B. a ~71°21'. C. a ~68°31'. D. a ~65°21".
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Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

(SO GD&DPT HUNG YEN - 2018) Cho hinh chép S.ABCD véi ddy ABCD 1a hinh vudng c6
canh 2a, SA=a~/6 va vudng goc v6i day. Goc gifra (SBD) va (ABCD) bang?
A. 90°. B. 30°. C. 45°. D. 60°.

(THPT PHU LUONG - THAI NGUYEN - 2018) Cho hinh ling tru ABC.A'B'C’ ¢6 day la tam
giac déu canh bang a, canh bén A4’ =24 . Hinh chiéu vudng goc ciia A’ 1én mit phang (4BC)
trung voi trung diém cia doan BG (voi G 1a trong tAm tam giac ABC). Tinh cosin cua goc @
gitta hai mit phing (ABC) va (ABB'A').

A. cosp = ! B cosgo—; C cosgo—L D COS¢—;
' o5 ' 165 ' N ' V126

(THTP LE QUY PON - HA NOI - LAN 1 - 2018) Cho ttt dién S.4ABC c6 cac canh S4, SB; SC
d6i mot vudng goc va SA =SB =SC =1. Tinh cos« , trong d6 a 1a gbc giita hai mét phang (SBC)

va (4BC)?

1 1 1 1
A. cosa =—. B. cosa=——. C. cosa=——. D. cosa=—.
V2 23 W2 NE]
(CHUYEN KHTN - LAN 1 - 2018) Cho hinh chép S.4BC ¢6 day ABC la tam giac vudng cn
tai 4 vd AB=a~2. Biét SA L (4BC) va SA=a. Géc gita hai mat phing (SBC) va (ABC)

bang
A. 30°. B. 45°. C. 60°. D. 90°.

(THPT LE XOAY - LAN 3 - 2018) Cho hinh chép S.4BC c6 tam gidc ABC vudng can tai B,
AB=BC=a, SA=a3, SAL (ABC). Géc giira hai mit phang (SBC) va (4BC) la
A. 45°, B. 60°. C. 90°. D. 30°.

(THPT HOA LU A - LAN 1 - 2018) Cho ttr dién OABC c6 OA, OB, OC d6i mot vudbng goc
va OB =0C = a6, OA=a. Tinh goc gifra hai mit phing (ABC) va (OBC).
A. 60°. B. 30°. C. 45°, D. 90°.

(TT DIEU HIEN - CAN THO - 2018) Cho hinh chép S.4BC c6 day la tam giac vuong tai B,
S4 1L (ABC), SA= J3em, AB=1cm, BC =+/2 cm. Mitbén (SBC) hop véi day mét goc bang:
A. 30°. B. 90°. C. 60°. D. 45°,

(THPT HAU LOC 2 - TH - 2018) Cho hinh chép tir gidc déu S.4BCD c6 canh déy bing a+/3,
duong cao bang 37(1. Goc gitra mit bén va mit day bang:
A. 30°. B. 45°. C. 60°. D. 75°.

(TRUONG THPT THANH THUY 2018 -2019) Cho t& dién OABC c6 0O4,0B,0C dbi mot
vuong goc va OB =0C = a6 , OA=a.Khi d6 goc giita hai mit phiang (4BC) va (OBC) bing
A. 90° B. 60° C. 45° D. 30°

(LUONG TAI 2 BAC NINH LAN 1-2018-2019) Cho ling tru tam giac déu ABC.A'B'C’ ¢6 dién
tich day bang ~/3a’ (dvdt), dién tich tam gidc A'BC bing 24> (dvdt). Tinh goc giita hai mit phing
(A'BC) va (4BC)?
A. 120°. B. 60°. C. 30°. D. 45°.
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Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

(Nong Cong - Thanh Héa - Lan 1 - 1819) Cho hinh chop tir giac déu S.ABCD cé canh day bang
a3 , dudng cao bang %1 . Goc gitta mat bén va mat day bang

A. 45°.
B. 30°.
C. 60°.
D. 75°.
(THPT NGUYEN TRAI-THANH HOA - Lén 1.Nim 2018&2019) Cho hinh chép tir gidc déu
c6 tat ca cac canh bang a. Cosin cia goc gitra mat bén va mat day bang
1 1 1 1

A, —. B. —. C. —. D. —.

V3 3 2 NG

(Thi thir Bac Liéu — Ninh Binh lan 1) Cho hinh 14p phuong ABCD.A'B'C’'D’ ¢6 canh bang a.

Gia trj sin cua goc gitra hai mit phang (BDA’) va (ABCD) bang

3 6 J6 3

A —. B. —. C. —. D. —.
4 4 3 3

(THPT Quynh Luu- Nghé¢ An- 2019) Cho hinh chép S.ABCD cé day la hinh chit nhat canh AB
=a, SA vudng goc v6i mit phang ddy va SB=2a. Goc giita mit phing (SBC )maflt phing day
bang
A. 90°. B. 60°. C. 45°. D. 30°.

(THPT DPoan Thuwong — Hai Dwong) Cho hinh chép S.ABCD c6 day la hinh vudng canh a,
duong cao SA = x . Goc giita (SBC) va mit ddy bang 60°. Khi d6 x bang

a
. . . C. . D. —.
2 2 3
(TRUONG CHUYEN QUANG TRUNG- BINH PHUOC 2018-2019) Cho hinh hop chir nhét
ABCD.A'B'C'D' ¢6 BC = a,BB'= a/3 . Goc giita hai mit phang (4'B'C) va (ABC'D") bing
A. 60°. B. 45°. C. 30°. D. 90°.

(THI THU L4-CHUYEN HOANG VAN THU-HOA BiNH-2018-2019)Cho hinh chép tt giac
déu co tat ca cac canh déu bang a . Tinh cosin cua goc gitra mdt mat bén va mat day.

NRES B 2, ¢l p. L
3 2 2 3
(Kim Lién - Ha Noi 1dn 2 nim 2019) Cho hinh chép tir giac déu c6 canh ddy bang 2a, canh bén
bang 3a . Goi « la goc gilta mat bén va mat day, ménh d€ nao dudi day ding?

A. ae B. a3 aV3

A. cosa=—2. B. cosa=@. C. cosa=£. D. cosa=£.
4 10 2 14

(Thi thir Loméndxop - Ha Nai 1an V 2019) Cho lang tru tam giac déu ABC.A'B'C"' co tét ca
cac canh déu bing a. Goi « la goc gitra hai mat phang (4B'C") va (A'B'C"). Tinh gié tri clia

tana ?
A3 B Y3 .32 p. V3
3 3 2 2

(SP Pong Nai - 2019) Cho hinh ling try déu ABC.A'B'C" ¢6 canh day bang 2a, canh bén bing
a. Tinh goc gitra hai mit phang (AB'C') va (A'B'C').
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Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cau 61.

A. 30°. B. 60°. C. 45°. D. 90°.

(Kim Lién - Ha Ni - L1 - 2018-2019) Cho hinh chép tir giac déu S.4BCD véi O 1a tim cua
day va chiéu cao SO = ? AB . Tinh géc gitta mét phang (SAB) va mit phing déy.
A. 90°. B. 60°. C. 30°. D. 45°.

(THPT Yén Diing 3 - Bic Giang lan 1- 18-19) Cho hinh chop S.4BC c¢6 SA 1L (ABC), tam giac
ABC déu canh 2a, SB tao véi mit phang day mot goc 30°. Khi d6 mp(SBC) tao v6i day mot
goc x . Tinh tan x.

A. tanx=2. B. tanx=i. C. tanx:%. D. tanxz%.

NG
(LAN 01_VINH YEN VINH PHUC 2019) Ling tru tam giac déu ABC.A'B'C’ ¢6 canh day
: : 3 :
bang a.Goi M la diém trén canh 44’ sao cho AM = Ta' Tang cta goc hop bdi hai mat phang

(MBC) va (ABC) la:

1
A 2. B. —. c.ﬁ. D.Q.
2 2 2
(THPT Mai Anh Tuin_Thanh Héa - Lan 1 - Niim hoc 2018_2019) Cho hinh chép S.4BCD c6

J6

day ABCD lahinh vudng canh a,S4 vudng goc voi day va SA4 = aT. Khi d6 goc giita mit phang
(SBD) va mit day (ABCD) la.
A. 60° B. 45° C. 30° D. 75°

(HKII-CHUYEN NGUYEN HUE-HN-2018-2019) Cho hai tam giac ACD va BCD nim trén
hai méat phang vuong goc voi nhau va AC = AD = BC =BD =a, CD=2x. Tim gia tri cia x dé

hai mit phang (ABC ) va (ABD) vuong goc voi nhau.

A.ng. B.x:&. C.x:a\/z. D.x:g.
3 3 3 2
(Thi thir Pai hoc Hong Pirc ~Thanh Héa — 07-05 - 2019) Cho tir dién ABCD c6 BCD la tam
giac vuong tai dinh B, canh CD=a, BD = 4 36 , AB=AC=AD = %. Tinh gbc tao bdi cac
mat phang (ABC ) va mat phang (BCD) .
A Z B. Z. c.Z. D. arctan3.
4 3 6

(Chu Vin An - Ha Ngi - 1an 2 - 2019) Cho hinh chép S.ABC c6 day la tam giac ABC vudng tai
B, canh bén S4 vudng goc voi day (ABC) , AB=a, SA=2a.Goi M, N lan luot 14 trung diém

cuia SB, SC. Cdsin clia gbc gitra hai mit phang (4AMN) va (ABC) bang

p 25 ¢ b1
5 5 4

A.

N | =
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Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

Cau 67.

(Thi thir Nguyén Hué- Ninh Binh- Lan 3- 2019)Cho ling try ding ABC.A'B'C’ ¢ canh bén

AA'=2a, AB=AC=a, gbc BAC =120°. Goi M latrung diém BB’ thi cosin cua gdc tao bdi hai
mat phang (ABC) va (AC'M) 1a

AP B e p. Y2
31 5 15 31

Dang 3.2 Géc ciia hai mit phing bén

(THPT LY THAI TO - BAC NINH - 2018) Hinh chép S.ABC c6 day 1a tam giac vudng tai B
cO AB=a, AC =2a, SA vuong goc voi mat phang day, SA =2a. Goi ¢ la goc tao bdi hai mat

phang (SAC),(SBC). Tinh cosg ="?

NEES B L . 5. p. 8
2 2 5 5

(SO GD&PT PHU THO - 2018) Cho hinh chép S.ABCD c¢6 day la hinh chitr nhat, 48 = a\/E ,
AD=a va SA L (ABCD). Goi M la trung diém ctia doan thing 4B (tham khéo hinh V&),

S

Géc gifra hai mit phang (SAC) va (SDM ) bang
A. 45°. B. 60°. C. 30°. D. 90°.
(THPT NGUYEN PUC THUAN - NAM PINH - LAN 1 - 2018) Cho hinh chép S.4BCD c6
day ABCD 1a hinh thang vuong tai 4 va D, AD = DC =a . Bi¢t SAB 1a tam giac déu canh 2a
va mit phang (SAB) vudng goc voi mit phing (ABCD). Tinh cosin ciia gbc gitta hai mat phing
(SAB) va (SBC).

2 2 V3 V5

A, —. B. —. C. —=. D. —.

V7 V6 V7 V7

(THPT NGUYEN PUC THUAN - NAM PINH - LAN 1 - 2018) Cho hinh chép S.4BCD ¢6
day 1a hinh vuong canh a, tam gidc déu S4B nam trong mdt phang vuong goc voi day. Goi H,
K lanluot 1a trung diém ctia AB, CD.Tacé tan ciia goc tao boi hai mét phiang (SAB) va (SCD)
bang

R B 203, B p.
3 3 3 2

(THPT GANG THEP - LAN 3 - 2018) Trong khong gian cho tam giac déu S4B va hinh vudng

ABCD canh a nam trén hai mit phang vudng goc. Goc ¢ 1a goc giita hai mat phang (SAB) va

(SCD). Ménh d nao sau day dung?

Téng hop: Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong 10




CAC DANG TOAN THUONG GAP PT:0946798489

Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

A. tan(p—2\/_ B. tan(pzﬁ. C. tangozﬁ. D. tanqozﬂ.

3 2 3
(THPT CHUYEN PHAN BQI CHAU - NGHE AN - LAN 2 - 2018) Cho hinh chép S.4BCD c6
day ABCD 14 hinh vuéng canh a. Canh SA vudng gbc v6i mit phang day, S4 = a3 . Géc tao
boi (S4B) va (SCD) bang

A. 30°. B. 60°. C. 90°. D. 45°.
(THPT LUONG VAN TUY - NINH BINH - LAN 1 - 2018) Cho hinh chép S.4BCD c6 day
ABCD 1a hinh chirnhat, 4B=a; AD = i . Mit bén S4B 1a tam giac can dinh S va nim trong

mit phang vuéng goc voi mit phang (ABCD) .Biét ASB =120°. Goc giita hai mat phing (84D)
va (SBC) bang:

A. 60°. B. 30°. C. 45°. D. 90°.

(THPT KIEN AN - HAI PHONG - LAN 1 - 2018) Cho hinh chép S.4BC c6 canh SA vudng
goc v6i mit phang (ABC), biét AB=AC=a, BC= a~/3 . Tinh goc gitra hai mit phing (S4B)
va (SAC).

A. 30°. B. 150°. C. 60°. D. 120°.

(SGD&DPT BAC GIANG - LAN 1 - 2018) Cho hinh chop S.ABCD ¢6 day ABCD la hinh vudng
canh a, S4 vudng gbéc voi day va S4 = a (tham khao hinh v€ bén dudi). Goc gitra hai mat phang
(S4B) va (SCD) bang?

A. 60°. B. 45°. C. 30°. D. 90°.

(CHUYEN PHSPHN - 2018) Cho hinh chop S.4BC c6 day 1a tam gidc vudng cin tai B, canh
bén SA vudng gbe v6i mit phang ddy, 4B =BC=a va SA=a. Géc giita hai mit phang (SAC)
va (SBC) bang
A. 60°. B. 90°. C. 30°. D. 45°.

(THPT CHUYEN LAM SON - THANH HOA - 2018) Cho hinh chép S.4BCD ¢6 day ABCD
1a hinh chit nhat véi 4B =a, canh bén S4 vudng goc voi ddy va SA =a (hinh v€). Goc gitra hai
mit phang (S4D) va (SBC) bang:

A. 45°. B. 30°. C. 60°. D. 90°.
(Truwomg THPT Chuyén Lam Son_2018-2019) Cho hinh chop S.ABCD day 1a hinh thoi tdim O
[

va SO L (4ABCD), SO = ,BC=SB=a.S do gbc giita hai mit phang (SBC) va (SCD) la:

A. 90°. B. 60°. C. 30°. D. 45°,

Téng hop: Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong 11
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Cau75. (Chuyén Nguyén Trii Hai Dwong thi thir 1an 1 (2018-2019)) Cho hinh chép déu S.ABCD c6
canh day bang 2 va canh bén bang 2& .Goi « 1a goc ciia mit phang (SAC) va mit phang (SAB)
. Khi d6 cosa bang

NN B 25 . M2 . Y5
7 5 7 5
Ciu 76. (TRUONG THPT HAM RONG NAM HQC 2018 — 2019) Cho hinh chép S.ABC c6 day 1a tam

gidc déu canh bang a, SAJ_(ABC), SA =a\/§. Cosin cua goc gilra hai mat phéng(SAB)Vé

(SBC)la
2 1 =2 -1
A —=. B. —. C. —. D. —.
V5 V5 V5 V5

Cau77. (THPT Céng Hién - Lan 1 - 2018-2019) Cho hinh chép tam giac déu S.4BC c6 canh bén bang
2a, canh day bang a. Goi « 1a gdc gitra hai mdt bén ctia hinh chop dé. Hay tinh coscr .

A. cosazﬁ. B. cosa=—3. C. cosa=l. D. cosa=l.
15 2 15 2
Cau 78. [THPT NINH BINH-BAC LIEU-2019] Cho hinh chép S.4BCD c¢6 ddy ABCD 1a hinh chit
nhit, AB=a, canh bén SA vudng goc v6i ddy va SA=a. Goc gilra hai mit phang (SBC) va
(SAD) bang

A. 60°. B. 30°. C. 90°. D. 45°.

Cau79. (SGD bién Bién - 2019) Cho hinh choép S.ABCD c6 ddy ABCD 1a hinh chit nhat, 4B=3,
BC=4. Tam giac SAC nam trong mat phang vuéng goc voi day, khoang cach tir diém C dén
duong thang S4 bang 4 .

B c

N B, V34 c 234 p. 334
17 34 17 17
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Cau 80. (Lwong Thé Vinh - Ha Noi - Lan 1 - 2018-2019) Cho hinh chop S.4BCD co day ABCD la hinh
vudng canh a,SAB la tam giac déu va (SAB) vudng goc voi (ABCD). Tinh cos¢ voi ¢ la goc
tao boi (SAC) va(SCD).

S Js J2

A —. B. —. C.é. D. —.
7 7 7 7

Dang 3.3 Géc cia hai mit phang khac

Cau 81. (THPT MO PUC - QUANG NGAI - 2018) Cho hinh lang tru déu ABC.A'B'C’ ¢6 tit ca cac canh
bang nhau. Goi « la goc giira hai mét phang (4B'C’) va (4'BC), tinh cosa

A’ o

A.l. B.@. C.ﬂ. D.i.
7 7 7 7

Céu 82. (Tham khio THPTQG 2019) Cho hinh 1ap phuong ABCD.A'B'C'D' . Géc giita hai mit phang
(4'B'CD) va (ABC'D') bang
A. 30°. B. 60°. C. 45°. D. 90°.

Cau 83. (THPT Quynh Luu- Nghé An-2019) Cho hinh 14p phwong ABCD.A'B'C’D’ . Tinh géc giita hai
mit phang (4'BC) va (4'CD).
A. 90°. B. 120°. C. 60°. D. 45°.

Ciu 84. (HAu Loc 2-Thanh Ho6a-1.1-2019) Cho hinh lang try ding ABCD.A'B'C'D’' ¢6 day ABCD la
hinh thoi, AC =244’ =2a+/3 . Géc giita hai mit phing (4'BD) va (C'BD) bing
A. 90°. B. 60°. C. 45. D. 30°.

Cau 85. (Chuyén Nguyén Trii Hai Dwong thi thir 1an 1 (2018-2019)) Cho ling try déu ABC.A'B'C'co
AB :2\/§,BB':2. Goi M,N,P tuong ing la trung diém cua 4'B',A'C',BC. Néu goi o la do
16 cua goc giita hai mt phang (MNP) va (ACC') thi cosar béng

Al B.2. B AL
5 5 5 5

Cau 86. (THPT Phan Bgi Chau - Nghé An - L2 - 2019) Cho hinh hop chit nhat ABCD.A'B'C'D' ¢6 mat
AB6

2
A. 30°. B. 45°. C. 60°. D. 90°.

ABCD 1a hinh vuéng, AA4'= . Xéc dinh goc giira hai mat phang (A'BD) va (C 'BD) .
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Cau 87. (Ma dé 104 BGD&DPT NAM 2018) Cho hinh 1ap phwong ABCD.A'B'C'D’ ¢6 tam O. Goi I 1a

, , 1
tam cua hinh vuéng 4'B'C'D’ va M 1a diém thudc doan thang OI sao cho MO = EMI (tham khao
hinh v¢).

m
p
o

Il
|"\
1
|"]
A 1
=z 7 D
i \
~ ]
-\\\ - '.1 "
H‘\I 1’
-:\._“]
A
B My, i o
ol ol N g
- I %
-7 [
f{ LY
-~
\
A' £ D*

Khi d6 sin clia géc tao boi hai mat phang (MC'D') va (MAB) bang.

NEE 6185 7485 6V13

. B. ——. C.——. D. ——.
65 85 85 65
Cau 88. (Tham khao 2018) Cho hinh lang try tam gidc déu ABC.A'B'C’ c6 AB=2-/3 va A4’ =2. Goi
M,N,P lan luot 13 trung diém cac canh A'B’, A'C' va BC (tham khao hinh v& bén). Césin cia
goc tao boi hai mat phang (4B'C’) va (MNP) bang

C'
B! M i/ ' A’
oa
.
B* A
65 65 65 65

Ciu 89. (Thi thir l4n 4-chuyén Bic Giang 18-19) Cho hinh hop chit nhat ABCD.A'B'C'D' cb céc canh
AB=2; AD =3; A4 =4.Géc giita hai mit phang (BC’D) va (A'C’D) la o, (tham khao hinh v&
bén dudi). Tinh gia tri gan dung cta o ?
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Cau 90.

Cau 91.

Cau 92.

Cau 93.

PT:0946798489
4 B
D
| C
AN
\
\
|
M
Ve s ~ NPz
~
b
g
A. 38,1°, B. 45,2°. C. 53,4°. D. 61,6°.

(KSCL S¢ Ha Nam - 2019) Cho hinh lang tru dtng ABCD.A'B'C'D’ ¢6 ddy ABCD 1a hinh thoi.
Biét AC =2, 44’ =+/3. Tinh géc giita hai mit phing (AB'D") va (CB'D').

A. 60°. B. 90°. C. 45°. D. 30°.

(Mi dé 101 BGD&DT NAM 2018) Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 tam O . Goi I 1a

tam cua hinh vudng 4'B'C'D’ va M 1a diém thudc doan thang O sao cho MO =2MI (tham khao
hinh v&).

B
N, B~ : ¢
A - !
Y !
\\\::\\\ \\“i \\\ \\E\\\
: \\;t‘\i \\ ) ’?H\
Ko ’:i’\: ::[El-‘t\‘\\-:-—":‘:f;j“'—:'_‘_‘::-:—:—:—_:—.:‘» ,
T B N o x T e C
- oY
A’ ,,_»_’_’.’:: ———— S ety | N L
D!
Khi d6 cosin ciia goc tao boi hai mit phang (MC'D') va (MAB) bang
6/85 785 17413 6+/13
A /2 B. . c. =, )
85 85 65 65

(Binh Minh - Ninh Binh - Lan 4 - 2018) Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 céc canh
AB=2, AD =3, AA' =4 . Gbc giita hai mit phing (4B'D") va (4'C'D) 1a « . Tinh gia tri gin
dling cua géc « .
A. 45,2°. B. 38,1°.

C. 53,4°. D. 61,6°.

DANG 4. MOT SO CAU HOI LIEN QUAN

(THPT CHUYEN VINH PHUC - LAN 3 - 2018) Trong hinh ling tru ding ABC.A'B'C’ ¢6
AB=AA'=a, BC=2a, AC = a~/5 . Khing dinh nao sau day sai?
A. Géc giita hai mat phang (ABC) va (A'BC) c6 sb do bang 45°.
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Cau 94.

Cau 95.

Cau 96.

Cau 97.

Cau 98.

Cau 99.

Cau 100.

B. Hai mit phing (44'B'B) va (BB'C) vuéng goc véi nhau.

C. AC'=2aV2.
D. bay ABC latam giac vuong.

(THPT QUANG YEN - QUANG NINH - 2018) Cho tam giac déu ABC canh a.Goi d,, d. lan
luot 1a cac dudng thang di qua B, C va vudng goc véi (ABC ) (P) 12 mit phang di qua 4 va

hop v6i (ABC) mét géc bang 60°. (P) cét d,, d,. tai D va E. Biét AD= “*2/3, AE=aV3 .
bat p= DAE . Khing dinh nao sau day 1a ding?
. 2 J6
A. f=30°. B.sinf=—. C.sinff=—-. D. p=60°.
B NG B== B

(CHUYEN TRAN PHU - HAI PHONG - LAN 2 - 2018) Cho t& dién ABCD c¢6
(ACD) L(BCD), AC=AD=BC=BD=a va CD=2x.Goi I, J lan luot la trung diém cua
AB va CD. Véi gié tri nao cua x thi (4BC) L (4BD)?

a3

A, x= 3 B. x=a. C.xza\/g. D.ng.

(PANG THUC HUA - NGHE AN - LAN 1 - 2018)Cho hinh chép S.ABCD c6 day ABCD la
hinh vuéng canh a va S4 L (ABCD), SA =x.Xac dinh x dé hai mat phang (SBC) va (SDC)

tao v&i nhau mot goc 60°.

a\/§ a

A.x:a\/g. B. x=a. C. x= 5 D.x=5.

(THPT THAI PHIEN - HAI PHONG - LAN 1 - 2018) Cho hinh 1ap phuong ABCD.A'B'C'D'’
c¢6 canh bang 1. Cét hinh 14p phuong bang mot mit phing (P) di qua dudng chéo BD', khi dién
tich thiét dién dat gia tri nho nhét, cosin goc tao boi (P) va mit phiang (4BCD) bang
a5, B. Y6 c. Y6, p. 22
3 4 6 3
(THPT CHUYEN KHTN - LAN 3 - 2018) Cho hinh chép tam giac déu S.4BC dinh S, c6 d6 dai
canh day bang a. Goi M va N lan luot 1a trung diém cia cac canh SBva SC. Biét mat phang
(AMN) vudng goc voi mit phing (SBC). Tinh dién tich tam gidc AMN theo a.
a*\10 a*\10 a*\5 a*\5
. B. . C. . D. .
24 16 8 4
(THPT CHUYEN VINH PHUC - LAN 4 - 2018)Cho tr dién ABCD c¢o
AC =AD=BC=BD=a va hai mit phang (ACD), (BCD) vudng géc v6i nhau. Tinh d¢ dai
canh CD sao cho hai mit phing (ABC ), (ABD) vudng goc.
A 22 B. L. C

\/3 \/3 ,%. D.ax/g.

(THPT CHU VAN AN - HA NOI - HKI - 2018) Ban Nam lam mdt cai mang thoat nuéc mua,
mat cat la hinh thang can c6 d¢ dai hai canh bén va canh day déu bang 20 cm, thanh méang nghiéng

A.

v6i mat dat mot goc @ (O° <@p< 90°) . Ban Nam phai nghiéng thanh mang mot goc trong khoang

nao sau day dé luong nudc mua thoat dugc 1a nhiéu nhat?

Téng hop: Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong 16




CAC DANG TOAN THUONG GAP PT:0946798489

Cau 101.

Cau 102.

Cau 103.

Cau 104.

Cau 105.

Cau 106.

20cm

20cm
A. [500;700). B. [100;300). C. [300;500). D. [700;900).

(Trwomg THPT Thiing Long Lan 1 niim 2018-2019) Cho hinh 1ap phuong 4BCD.A'B'C'D’ ¢c6
canh b::ing\/g . Mit phang (a) cit tat ca cac canh bén cua hinh lap phuong. Tinh dién tich thiét
dién cia hinh 18p phuong cét béi mat phing (a) biét () tao véi mat phing (4BB'4’) mét gée
60°.

3\/_

A 243, B%. C.6. p. 3

Cho hinh 1ap phuong ABCD.A'B'C'D’ ¢6 canh bang 3. Goi M, N, P 1a ba diém 1an luot thudc
ba canh BB',C'D' AD sao cho BM =C'N =DP =1. Tinh dién tich S cua thiét dién cat boi mat
phang (M N P) véi hinh 1ap phuwong da cho.

33 1733 1543 1343

AS—1 B. S=——- C.S=——. D. §=
3 3 2 2

Cho hinh hinh l4p phuong A4BCD.A'B'C'D’ ¢6 canh bang V3. Mat phang () cit tat ca cac canh
bén ciia hinh lap phuong. Tinh dién tich thiét dién cua hinh 13p phuong cit boi (oc) biét (a) tao
voi (ABB'A") mot goc 60°.

A. 243. B. 2. C.6. p. 33
2 2

Cho hinh chép S.4BC c6 SA vudng goc véi day, goc giita mit phing (ABC ) va mit phing
(SBC) béang 60°. Tinh dién tich A4BC, biét dién tich ASBC bang 2.

Al B. 3. C.4. D.2.

(Binh Giang-Hai Dwong lan 2-2019) Bac Binh mudn 1am mot ngdi nha mai 14 co nhu trong hinh
v6i dién tich mat nén nha (tinh theo vién tuong bén ngoai ngdi nha) 1a 100m* , mdi mit phang mai
nha nghiéng so v6i mat dat 30°, dé lop mot m’ mai nha can mua 100 nghin dong 14 co. Hoi s6 tién
bac Binh stir dung mua 14 co d¢€ lop tat ca mai nha gan nhat véi s6 nao sau day? (coi nhu cac mép

clia mai 14 co chi chém dén vién tudng bén ngoai ngdi nha, chd tho ra khoi tudng khong dang ké).
A. 11,547 tri€éu dong. B. 12,547 triéu dong. C. 18,547 tri¢u dong. D. 19,547 tri¢u dong.

Cho tir dién ABCD AC=AD=BC=BD=a, (ACD) L(BCD) va (ABC)L(ABD). Tinh d6
dai canh CD.

A. i B.?a. C.\2a. D. 2424
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Cau 107. Cho hinh hdp chir nhat ABCB.A'B'C'D' ¢6 AB=a, AD = a\/g, AA'=a. Goi M, N lan luot 1a

Cau 108.

Cau 1.

Cau 2.
Cau 3.

Cau 4.
Cau 5.
Cau 6.
Cau 7.
Cau 8.
Cau 9.
Cau 10.

Cau 11.

trung diém ctia 4D, A4’ . Goc giira hai dudng thing MN va BB' bing
A. 45°. B. 90°. C. 60°.

(Binh Giang-Hai Dwong lan 2-2019) Cho hinh ling tru dimg ABC.A'B'C' ¢b

AB = AA"=a,BC =2a; AC = a5 . Khiang dinh nao sau dy sai?
A. AC'=2a\2.

B. Géc gitra hai mit phang (ABC) va (A4'BC) c6 s6 do bing 45°.
C. bay ABC latam giac vudng.

D. Hai mit phang (A4'B'B) va (BB'C') vudng géc voi nhau.

B. LOI GIAI

DANG 1. CAU HOI LY THUYET
Chon B ) o
A sai vi hai mat phang d6 c6 thé cat nhau.

0

/R

C Sai vi hai dudng thang d6 c6 thé tring nhau.
D Sai vi hai dudng thiang d6 c6 thé cheo nhau.
Chon B

Chon A

Ly thuyét.

Chon A

Chgn A

Chon D

Chgn A

Chon A

Chon D

Chon B

C6 hai ménh dé dung 12 ii) va iii)

Chon A

Khing dinh (I) dung (Hinh v& trén)
Khiang dinh (II) sai vi néu a J_(P) va a Lb thi b//(P) hodc b (P)
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Khéng dinh (III) sai trong truong hop duong théng a vuong goc voi mat phéng (P) . Khi d@6 co
v6 s6 mit phiang chtra dudng thing a va vudng goc v6i mit phang (P) . Vi du hinh hop chir nhat
ABCD.A'B'C'D' thi qua dudng thing 44’ ta chi ra dwoc it nhit ba mat phang ciing vudng goc voi
mit phing (ABCD).

D' '

Ar 1 B

A B
Khang dinh (IV) sai trong trudng hop duong thang a khong vudng goc voi mat phang (P) Khi
duong thang a khong vudng goc voi mit phing (P) thi qua duong thiang a c6 duy nhat mot mat
phang (Q) vudng goc voi mit phang (P)

Cau12. Chon A

(P) (@Q)

(B)

Hinh anh minh hoa hai mt phang (P) va (Q) cung vudng goc véi miat phang (R) nhung khong
song song v&i nhau.

Cau 13. Chon B
+Qua M c6 duy nhat mot dudng thang d vudng goc véi (P) va (Q).

+ Moi mit phang chira d déu vudng géc véi (P) va (Q)nén c6 vo sb mit phing qua M vudng
goc vai (P) va (Q)

DANG 2. XAC PINH QUAN HE VUONG GOC GIUA HAI MAT PHANG, MAT PHANG
VOI PUONG THANG, PUONG THANG VOI PUONG THANG
Dang 2.1 Pudng thing vudng goc voi mit phang, duong thing vudng goc voi dudng thing
Ciu 14.
Loi giai
Chon D
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Cau 15. Chgn A
Tir gid thiét suy ra SO L AC;SO L BD = SO L (ABCD) ma SO =(SBD), SO = (SAC)

= (SBD) L (ABCD); (SAC) L (ABCD). Vay SC L (SBD) la ménh d sai.
(SBD) L (4BCD); (SAC) L(4BCD). Vay SC L (SBD)

Cau16. Chon C

Y

>
B

SA L BC ding vi SA L (ABC).
4B 1 BC ding vi A4BC vuong tai B.

{AB 1 BC

SB L BC dang vi . = BCL(548).

Caul7. ChenC
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Goi D, 1a hinh chiéu vuéng goc ctia D trén (SBC).
Goi « la goc tao béi duong MD va mit phang (SBC). Khi do:

sinag =——=+.
az a\/g
Tacéd MD =~/CD* +CM’ =,/a2+7= S
Goi H 1a chan duong cao ké tr § ciia AS4B. Khi d6 do tam gisc S4B déu va
(SAB) L (ABCD)= SH L (ABCD) va SH = %
K¢ HH, L SB=> HH, 1 (SBC)= d(H,(SBC))=HH, vataco
12: 12+ 12: ! >+ IZ:Hleﬂ.
HH? SH* BH® (,[3 (aj 4
2 2
: a3
Tacod DD, =d(D,(SBC))=d(A4,(SBC))=2d(H,(SBC))=2HH, ==
Do d6 sina = = =£.
MD 5
Céu 18.

(SAB) L (ABCD)
Ta ¢ nén S4 L (ABCD)

(SAD) L (ABCD)

Suyra S4 L AC (B dung); SA L BC; SA L BD.
Mit khdc BC L AB nén BC L (SAB) suyra BC L AH (A dung).
va BD L AC nén BD 1 (SAC) suyra BD 1 SC;

Péng thoi HK // BD nén HK 1 SC (C ding).

Vay ménh dé sai 1a AK 1 BD (vi khong du diéu kién chimg minh).

Dang 2.2 Hai mit phang vudng goc
Cau19. ChonD
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= AC L (SBD)=(SAC) L (SBD).
AC 1 SB

Cau20. Chon B

) {AC 1LBD
Ta c6

Tacd BCLAM va BC L AA nén BCL(AA'M) =(ABC)L(AA'B'B).
Néu (AC'M) L(ABC) thisuyra (AC'M)=(A4A4'B'B) : Vo ly.
Do d6 B sai.
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Cau 21.
.y BI L AC(gt)

Y Br L s (54 L (4BC))
Theo gia thiét: SC LIH (2).
Tu (1) va (2) suyra: SC L(BIH).Ma SC < (SBC) nén (BIH) L (SBC).

Céu22. Chen A

+ C6 tam gidc ABC 1a tam giac vudng can tai B, M 1a trung diém cia AC = BM 1 AC
BM 1 AC

Co
BM 1 54
BC 154

+Co
BC 1 AB

= BI 1 (SAC)>SC= SC L BI (1).

}:> BM L(SAC)=>(SBM ) L(SAC).

}: BC L(S4B)=(SBC) L(S4B)

Vay A sai.
Cau 23.

)

Chon D
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BC 1 54 (do S4 1L (ABCD))
BC L 4B (gt) = BC L (S4B) ma BC c(SBC). Vay (SBC) L (S4B).
SANAB =4

Cau24. ChonB
| AC L BD
Ta co:
AC 1 BB'
Cau 25. Chon B.

= AC L(BB'D) ma AC c(4B'C) = (4B'C) L(BB'D).

Vi 4B 1 (SAC) nén (SAC) L (SA4B).
Cau 26. Chgn A

S

D (@)

AB 1 AD
5 { = AB 1 (SAD)=>(SAB) L (SAD), suy ra phuong an B dung.

Taco

AB L 54
Lai c6 AC* = AD*+DC*=d*+a*>=2a* = AC=a\>2 .
Goi M 1a trung diém cua AB. Khi d6 BC? = MB*> + MC? =a* +a* =2a*> = BC = a2 . Ta thdy
AB> = AC*+CB* = BC L AC.
BC L AC

Nhu vay
BC 1S4

= BC 1 (SAC)=(SBC) L (SAC), suy ra phuong an C dung.
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DC 1 AD
Ta c6 { = DC 1 (SAD) = (SCD) L (SAD), suy ra phuong 4n D dung.

DC 1 54
Cau27. ChonB

(SAB) L (4BCD)

(S4B) ~(ABCD) = AB = BC L (SAB)

BC L AB

= (SBC) L (SAB)
Tuong ty suy ra (SAD) L (SAB).
((5CD):(54B)) = 157 = 90"

Vay c¢6 3 mit phing (ABCD);(SAD);(SBC) vudng
gbc voi (SAB).

Cau 28.
Taco CD'// AB ma A'B<(A'BD) nén CD'//(A'BD).
CB'//A'D ma A'D c(A'BD) nén CB'//(A'BD).
Vay (CB'D') chira hai duong thing CD', CB' cit nhau va clng song song v6i (4'BD) tir d6 ta
c6 (A'BD)//(CB'D').

Cau 29.

Goi O=4CnNBD.

T gidc ABCD 1a hinh thoi nén AC L BD (1).

Mat khac tam giac S4C cantai Snén SO L AC (2).

Tir (1) va (2) suy ra AC L (SBD) nén (SBD) L (4BCD).
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DANG 3. XAC PINH GOC GIUA HAI MAT PHANG

Dang 3.1 Goc clia mit phang bén v6i mit phang day
i

Cau30. B
Do A4’ L (ABCD)= (ACC'A’) L (ABCD).
Cau3l. ChonC

L

Ta thay hai mit phang (ABCD) va (A'B'C'D') 1a hai mit day cua hinh 13p phuong nén ching
song song v&i nhau.

Vay goc gilta (4BCD) va (A'B'C'D’) béng ((W)) =0°.

Cau 32.

Goc giita mit bén va mat day bang S/E\O; EO =

a2
2

Xét ASEO vudng tai O, ta co tan5%=%=l.

CD 1(S4D)

(48cD)(scp) = cp > (ABCP)(SCD))= 3D

Cau33. Taco {
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causd. P
Goi O, H lan luogt 1a trung diém cua AC va BC.

3 jz Z\/ﬁa_

Xét tam gidc SHC vuong tai H ta cod: SH =~/SC* - HC? = (Sa)2 —(Ea 5

Vi S4 =SB =SC =SD =5a nén SO L (A4BCD).
Ta ¢6: (SBC)N(ABCD)=BC, SH L BC, OH L BC, suy ra goc giita (SBC) va (ABCD)bang

SHO =a .
Xét tam gidc SOH vudng tai O, tacd: cosa = OH = 2a = 4@ = a=65°21.
SH 91a 91
2

S

causs. D
Tu A také duong vuong goc tdéi BD, thi chan duong vudng goc la tdm O cuaa hinh vudng, tir day
dé thay SO L BD, nén goc giita hai mit phang 1a goc SOA .

S4 a6

Xét tam gidc ASOA c6 tan SO4 =— =

04 a2

= /3 . Viy goc can tim bing 60°.
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AI

’
K
B

-Goi H la trung diém BG , theo gia thiét 4'H L (ABC).
-Goi M, K lan luot 1a trung diém cia 4B va BM

CM 1 AB
= = HK | AB = (A'HK) L 4B

HK /| ICM

— A'KH = ¢ 1a goc giita hai mit phing (ABC) va (ABB'A’)

2 2 2 2
- Ta co: AB=a,AG=BG=%:>AH2:AB +4G°  BG :7a

2 412
2 2

A = ar =P e L an 9B ey e 21652
2 2 12 48

HK 1

= COSP=—"—=—"F7—

165

Cau 37. O Cach 1:

Goi D 1a trung diém canh BC.
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. [S4LSB
0{ C:SAL(SBC):SALBC.

Ma SD 1 BC nén BC L (SAD).
= ((SBC).(4BC))=SDi=a.

. . : 1 3 SD
Khi d6 tam gidc SAD vuongtai S ¢c6 SD=—; AD=—= va cosa:E & cosa =

NA

-

NG

O Cach 2:

Chon h¢ truc Oxyz nhu hinh vé

Taco §(0;0;0), 4(0;0;1), B(0;1;0), C(1;0;0)
= phuong trinh mit phang (ABC):x+y+z-1=0 ¢6 VIPT i = (L L;1).
Mit phing (SBC)=Oxy:z=0 c6 VTPT la k =(0;0;1).

k
A

S|

Khi d6 goc giita hai mit phang (SBC) va (4BC) 1a cosa =

<~ CosSax =

5l-

|7

Cau 38.

Téng hop: Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong 29




CAC DANG TOAN THUONG GAP PT:0946798489

(SBC)(4BC)=BC
(S4M) L BC
(SAM )N\ (SBC)=SM
(SAM ) (ABC) = AM
Suy ra goc gitra (SBC) va (ABC) bang goc SMA.

Ta c6 tan SMA =24 =% 1= SMA = 45°.
AM a

Ké AM 1 BC tai M .Tacé = ((SBC),(4BC)) = (M. AM).

Céu 39.
Taco BC 1 (SAB) = BC 1 S4.Goc giita hai mat phing (SBC) va (4BC) 1a goc SBA.

— SA_a\/g_
a

tan SBA = >2 J3 = SBA=60°.
AB

A

[

Cau 40.
Goi I 1a trung diém ctia BC = AI 1. BC.Ma OA 1. BC nén Al 1 BC.

(OBC)~(4BC)=BC
Taco: { BC L Al = ((0BC),(4BC))= (01, AI)=OIA.
BC L0l

Ta co: Of = %BC - %\/OBZ +OC? =a 3.

B3

Xét tam giac OAl vudng tai 4 cd tan OIA = % = EY — OI4=30°.

Viy ((OBC),(4BC))=30°.
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Cau 41. B
Theo gia thiét vi S4 L (ABC) nén SA L AB, S4 L BC.Mat khac BC L AB nén BC L SB. Vay

goc gitra (SBC) va day l1a goc SBA=a.

Trong tam gidc vuong SAB ta cod: tana = % =BB3=a=60°.

A

Cau 42. 7
Goi O la tam cua hinh vuéng ABCD; M 1a trung diém cua CD.
Géc gitta mat bén va mat day 1a SMO..

1 a\/§

Ta co OM=5AD=—.

2
3
— S0 L° _—
Xét tam gidc SOM vudng tai O, ta c6 tan SMO = —— === V3 = SMO = 60°.
oM 3
—a
2

Cau 43.
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Chon D

Goi M 1a trung diém cuia BC. Suy ra
OM 1 BC . Nén goc gitta hai mdt phang
(ABC)va (OBC) chinh 1a gbc OMA.

Ta co: Tam giéc OBC vuong can ta O nén

OM = EBc - —\/OBz +0C? =a\3

C
Xét tam gidc OAM vuong tai O ¢
tan OMA = o4 _ L . Suy ra
oM 3
OMA =30°

Vay, goc gitta hai mat phiang (4BC) va
(OBC) bang 30°
Cau44. ChonC

A’ c’

+) Ta ¢c6 A4BC 1a hinh chiéu vudng goc ciia A4'BC trén mit phing (ABC )
+) Goi ¢ 1a goc giita (4'BC) va (ABC).

2
Ta co: cosq):mzizﬁ =p=30".
Swsc 2a 2

Cau45. ChonC

Goi O=AC N BDthi SO L(4BCD).

Goi M 1a trung diém cta BC thi SMO 1a goc cAn tim.
Xét ASMO vuong tai O co:
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3a
tan SMO = 20 =2 _\[3 = SMO = 60°.
OM a\/§
2
Cau46. ChonD
Hinh chop tir gidc déu ABCD ¢6 H 1a trong tAm cua tam gidc ddy BCD va DH cit BC tai [
Taco AH L (BCD)
Tam gidc BCD déu va H 1a trong tdm ctia tam giac BCD nén DI 1 BC.
AH 1 BC
= Al 1L BC
DI 1 BC
— goc gitta mit bén (4BC) va mat day (BCD) 1a AID
-z X . \ \ J4 ~ a\/g
Tam giac ABC déu c6 Al la duong trung tuyén nén Al = >
Tam gidc BCD déu c6 H 1a trong tim nén JH =%DI = af .
A . A : e — [H 1
AH 1 (BCD)nén tam gidc AIH vudng tai H . Khi d6 cos ATH = 03
Cau47. ChgnC
D
-
,// D
&
. BD 1 Al , ,
Goi [ =ACNBD.Taco:y = BDL (414'); BD=(BDA')N(ABCD).
Do d6 goc giﬁ:a hai mait phing (BDA') va (4BCD) 1a Al4'.
Ta 6 AAA'T Vuong tai A, co:
o !/
Ad' = a; Al = “[ = A'T=\A4" + AI* = in A14' = jA] %
Cau48. Chon B

Téng hop: Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong

33



CAC DANG TOAN THUONG GAP PT:0946798489

S

Taco BC L AB
BC 184 vi SA1(ABCD).

= BC L (SAB)= BC L SB.
(SBC)(ABCD)=BC

SB = (SBC), SB L BC

AB c(ABCD), AB L BC

= gbc gitta mit phang (SBC)mit phang (ABCD) bang géc gilta SB, AB bing gbc SBA.

ASAB:cosSBA=48_ 4 _ 1 spa_e00.
SB  2a
Viy gbc gitta mat phing (SBC ) mit phang ddy bang 60°.
Cau 49.
Loi giai
Chon B
(SBC)
BC 154 _|(S4B) L BC
= BC 1 (SAB).Tacb
BC 1 4B (S4B)(SBC) =SB
(SAB)~(ABCD) = AB
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Suy ra goc gitra (SBC) va mit day bang goc SBA=60°. Do d6 tan 60° = Y sx=a3.
a

Cau50. Chon A

D A
AN Y4
" y
C' N\ /’/
N/ B aﬁ
N
/, 7 \ N
L AN
Dl
/7 A
4
e
c a B

Ta co: ((A4'B'C);(4BC'D'))=(BC;B'C)
Goi I 1a giao diém cua hai duong chéo BC' va B'C.
+) tanc/zﬁsz%:%:CB'B:w".
Tam giac /BB' can tai [, suy ra: BIB'=120° = CIB = 60°.
Vay ((4'B'C);(ABC'D"))=60°.

Cau51. Chgn A

Gia st S.ABCD 14 hinh chép tir giac déu co tit ca cac canh bang a .
Goi O=ACABD va M 1 trung diém cta canh CD = OM =% va SM =

2 CD 1 SO
Theo gia thiét ta co
CD L oM

Vay ((SCD),(ABCD))=(0M,SM)=SMO .

= CD 1 (SOM )= CD L SM .

Xét tam giac vudng SOM ta cd cos SOM = ?—M = = 73 .

SR

S
|2

Cau52. Chon A

a3

2
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Cau 53.

Cau 54.

Goi O la giao diém cua AC va BD, N la trung diém cta BC.
o =((SBC),(4BCD))=(SN,ON)=SNO

OB=%8D=\/§a

Xét ASOB vuéng tai O: SO = SB*> —OB* = a7
Xét ASON vudng tai O: SN =/ SO* + ON? =2+/2a
Xét ASON vuodng tai O: cosa = ON = L = Q
SN 2J2 4
Chgn A
A C

N
N
C'

B 4
Goi H 1a trung diém cia B'C'

— AH L B'C' (do AAB'C' cantai A)va A'H L B'C'(do A4'B'C'déu).

Suy ra ((W))z(@):@'

44" a _2\3

Vay tan AHA' =

A'H a3 3

2
Chon A
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Cau 55.

Cau 56.

C:

Goi M la trung diém B'C'. Do lang tru déunén ta cé: A'M L B'C', AM L B'C".

Do d6 goc giita hai mit phang (AB'C') va (A'B'C') la goc AMA'.

NG

Lai c6 tam giac déu A'B'C' nén A'M =2a7=a\/§.

— 44" a 1
T do: tanAMA'=——=——=—
A'M a3 BB
Vay goc giita hai mat phang (4B'C") va (4'B'C') bing 30°.
Chon B
DPit AB=a, goi I 1atrung diém ctia 4B . Ta co:
(SAB)"(ABCD)= AB
SI 1 AB = ((S4B),(4BCD))=(S1,0I)=SI0
OI 1 AB
Mat khac, ta lai co:
¥,
AB=a, SO=£AB—‘/— OI=%a:tan@=2—?= f =3 = SI0 = 60°
Ea
Chon D
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Cau 57.

Cau 58.

Do d6 SBA = (SB;(ABC))=30°, SA= ABtan30° =

Goi M 1atrung diém cua BC, ta c6

2ax/§

AABC déu canh 2a = AM = >

(SBC)(ABC) = BC

Va {AM 1 BC
SM 1 BC
A SA4 2a3 2 2
Viy tanx = = . =—.
AM 3 2a3 3

Chgn C

I

Goi D l1a trung diém cta BC.
Ta c6 (MBC)(ABC)=BC.
BC 1 AD
{BC 1AM

\

Vi = BC 1 (AMD).

Do dé a = ((m)) = (E/I,TD) = MDA, (Vi tam gidc MAD vudng tai A).

a3 2

) AM 3a 2 3
Vay tang = ——=— —.
AD 4

Chgn C

B
Ta cd SA L (ABC)=> AB 14 hinh chiéu cia 4B 1én (4BC).

Za\/g

3

— SMA = (SBC; ABC) = x .
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Goi O=ACNBD taco SO_LBD,AO 1 BD
Géc giita mat phing (SBD) va mit phing (ABCD) la géc 504

Xét tam gide vudng SOA c6 SA = “‘6/6 :04 = “f
a6
Nén tanS/'Ojl—SA 6 zﬁ,suyrag(')c S04 =30°
04 a2 3
2

Vay goc gitta hai mat phang (SBD) va (4BCD) bang 30°
Cau59. Chon B

c
Goi H, K lan luot 1a trung diém ciia CD va AB.
Do tam gidac ACD céntai 4 nén AH L CD ma (ACD) i (BCD) = AH 1 (BCD)=> AH 1 HB

1’ a —x
= AB =~HA’ + HB® = 1/ (a®—x*) va Hg =48
Do cac tam gidc ABC, ABD cantai C va D nén CK 1 AB,DK 1 AB = gbc giira hai mit phing
(4BC) va (ABD)la goc (KC,KD). Khi do:

— 2(a’ —x°
(ABC)J.(ABD)@CKD=90°<:>KH=CzD<:> ( )=x<:>x:&.

2 3
af

Viy x=——
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Cau 60. Chon B

A
B D
(4
M H
C
Goi M va H lan luot 13 trung diém BC va CD.Do AB=AC = AD = “‘2/5 va H 1a chan
duong tron ngoai tiép tam giac day BCD nén AH L (BCD) .
BC | MH
Taco {BC L AH = BC L(AMH).
MH, AH < (AMH)
BC 1 MH —
Suy ra = ((4BC),(BCD)) = AMH .
BC L AM
2
— 2 _BH? 2 2
tan ApH =25 _ ABI BH _ =3.
MH Len 1 aV6
2 2°3
Suy ra AMH =§ .

Cau 61. Chon C

B

Ta c6: MN//BC (tinh cht duong trung binh) = MN//(ABC) = (AMN)(ABC)=Ax.
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Ax 1L AB

Ax L AM
(4BC) 1a MAB . Vi tam giac SAB vudng, nén MAB = SBA . Ta cb:
oy AB a a \/g

cos@ =cosSB4 = —= = = —,
SB s+ 4B a5 5

D@ thay, BC L(S4B) = Ax L(SAB) = { . Valy géc gitta hai mit phing (AMN) va

Ciu62. ChenD

Kéo dai BC ciat C'M tai D, khi d6 giao tuyén cua (ABC) va (AC'M)1a 4D .

Do M la trung diém cua BB’ suyra DB=BC = \/a2 +a’—2a%c0s120 = a3
Trong mit phing (4BC) ké BK 1 AD,K € AD.

. BK
Goi ¢ 1a goc tao boi hai mat phang (ABC) va (AC'M). Tacd cosep = A

D
Do tam giac ABC cantai A va goc BAC =120° nén ABC = ACB =30" suy ra ABD =150".
Tacé AD* = BD* + AB* —~2BD.AB.cos150" =3a* +a* + 2%/3.? =7d*.

—  sinl150%a3 3

Suy ra AD:a\ﬁ = sin DAB = =
Y a1 YN

i ol
W71 2T

— BK = AB.sin DAB = a
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a\/§
2 -
= MK =~BM* +BK* = /az+32a8 =612\/371.V£1y cosp = BK _ NG _«/93.

MK af31 31

27

Dang 3.2 Géc ciia hai méit phing bén
S

Cau 63.
Taco SAL(ABC)= S4 L BC
Mit khéc BC L AB = BC L (SAB) = BC L AH (1).
Goi H, K lan luot 1a hinh chiéu vudng goc ciia A trén cac canh SB, SC khi d6 ta co.
AH 1. SC (2).
Tir (1) va (2) tacd AH L(SBC)= AH L SC (3).
Mat khac ta lai co AK 1L SC (4).
Tir (3) va (4) taco SC L (AHK)= SC L HK .
Vay ((S4C),(SBC))= (4K, HK )= AKH .

Do AH 1 (SBC)= AH 1 HK hay tam gidc AHK vudng tai H .

Taco AH =254 :2”‘/5;141(:&:6,&:1%:&@_
VAB® + SA 5 AC* + 84 5
Vay cosAKH:ﬁzﬁ,
AK 5
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Cau 64.
. AM  AD 2 . . )
Goi N=ACNnDM . Tac6 —=——= £, do do hai tam gidc ABC va DAM dong dang, suy
BC AB 2
ra AMN +MAN =90°. Vdy AC L DM = DM 1 (SAC) ma DM < (SDM ) nén goc giira hai

mit phing (SAC) va (SDM) 1a 90°.

D C

Cau 65.
Theo gia thuyét A 1a hinh chiéu cia C 1én AB nén hinh chiéu cia mit phing (SBC) 1én mit
phing (S4B) 1a (SBH). it a = ((SBC),(S4B)) ta cé: cosa = Sason

ASBC
Mat khac ta co:

2
S \sus :%a.a 3=2 \/5

2
SB=SC=2a;BC=av>2 .

g :\/a(4+\/§).a 2.a\/5.a(4—\/5) aZ\ﬁ.

2 2 2 2 2

ASBH

Vay cosa—S——ﬁ

ASBC
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Céu 66.
Ta co: H 1atrung diém AB thi SH 1 AB (vi tam giac SAB déu)
(S4B) L (ABCD)
a = SH 1 (ABCD)
(SAB)"(ABCD)= 4B

AB| CD
S €(S4B)(SCD)
Sx L SH
Sx L SK

Mt khac { = (S4B)N(SCD)=Sx// AB// CD

Ma Sx L (SHK)= { ,v6i K la trung diém CD.

= ((54B).(SCD)) = HSK .
( )

Khi do tanﬁ§<=ﬁ=&.
SH 3

B
Ciu67. o ¢
Goi H latrung diém cia 4B = SH la trung tuyén dong thoi 1a dudong cao cia tam giac SAB
(S4B) L (4BCD)

Ta c6: { AB=(S4B)N(ABCD) = SH 1 (ABCD)
SH < (SAB),SH L AB

Goi / 1a trung diém cia CD => HI 13 dudng trung binh cta hinh vuéng ABCD
— Hl=a, Hl L CD
{CD 1 SH
0

= CD L(SHI) = CD L SI
CD L HI
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Cau 68.

S € (S4B)(SCD)
Lai c6 { AB c (SAB); CD = (SCD) = Sx=(SAB)N(SCD) véi Sx//AB//CD
AB//CD
Ta co: { SYITAB - SH 1 Sx . Chimg minh tuong tu: Sx L ST
1L SH
St =(SCD)(S4B)
Khi do: | SH < (SAB),SH L AB =[(S4B),(SCD)]=(SH,SI)= HSI = ¢
SI = (SCD),SI 1 €D

Xét ASHI co: tan(p:ﬂzﬁ.
SH 3

Giao tuyén clia hai mét phang (SAB) va (SCD) 1a duong thang d diqua S va d//AB,dI/CD .
Do d6 d L S4,d L SD, goc giita hai mt phiang (SAB) va (SCD) 1a goc giita S4 va SD
1

Tam giac SAD vudngtai 4, tan ASD = j—? =—, do d6 goc can tim bang 30°.

1
I

L

N e
R A Py

Cau 69. B& C
Goi H 1a trung diém ctia AB, theo dé ra ta duoc SH L (ABCD).
Dung T, K lan luot 1a hinh chiéu cia H 1én SA4, SB = HT 1(SAD) va HK L (SBC).

Vay ((W)) = (m) .

Xét tir gise SKHT c6 hai goc vuong déi dién nhau nén SKHT 1a tir gidc ndi tiép= KHT = 60°
do ASB =120°.

Vay ((’W)) = (m{) = KHT =60° .
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A

Ciu 70.
Vi 4 L (ABC) nén SA L AB va SA L AC.

(SAB)(SAC) = 54
ta co: { SAL AB :((SAB),(SAQ):(AB,AC):BA/\C.
SALAC

2
_— 2 2 _ 2 a’+a*— a\/g
Xét AABC ¢6 cos BAC = AB”+AC - BC = ( )
2.AB.AC 2.a.a

=—% — BAC =120°.

Vay ((548),(54C)|=120°.

Cau 71. C

va (SAB) N (SCD) = Sx// AB//CD

T {CDL(54D)
Sx L SD

= Sx 1 (S4D) :{
CD// Sx
= ((548).(SCD)) = 4D = .

Tam gidc SAD vudngtai 4 c6 SA=AD =a = ASAD vudng can tai A
= p=45°

Vay ((54B).(SCD)) = 45°.
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Cau 72.
Goi H latrung diém canh AC
Ta cod (SAC) 1 (ABC) (vi S4 L (ABC)) va BH | AC => BH 1 (SAC).

Trong mit phang (S4C), ké HK L SC thi SC L (BHK)= SC L BK .

= ((4C).(SBC)) = SKH = ¢.

Mat khac
14 ong can tai 5 A . a2
Tam giac ABC vudng cantai B ¢c6 AB=BC =a nén AC =a~2 va BH = -
Hai tam gidc CKH va CAS déng dang nén HK =254 o HCSA a2

K = e
Jsar+ac? B

Tam giac BHK vudngtai H c6 tang = % =3 = @ =60°.

Vay ((54C).(SBC)) = 60°.

Cau 73.
Ta co: (SBC)N(SAD) = Sx // BC // AD .

Ta chung minh dugec BC L (SAB) = BCLSB= Sx L SB.
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Lai c6: S4 L (ABCD)=>SA L AD = SA L Sx.

Viy goc gitta miit phing (SBC) va (SAD) 1a goc BSA = 45°.
Ciu74. Chon A

2
Theo bairata cd OB =+SB> -S0?* = |a® —%:&

9 3

va OA=+AB*> —OB* =

3@ _a'6
‘ .

3

Chon hé trye Oz, voi 0(0;0;0),A(aﬁ;0;0} B(O;a 3;0}5(0;0;0’%},

(a\/_OOJ (O_a\/_J

Phuong trinh mit phang (SBC) c6 vecto phap tuyén 1a n = (—l;x/i ;1) va vecto phap tuyén ctia mat

phang (SCD) la ;z‘z(—lg—\/ggl).
Goi ¢ 1a goc giﬁa hai mat phang (SBC) va (SCD)ta c6:
[1-2+1]

\/( 1)+ +11\/( 1)? + f) +1'

cosQ = cos =0

Suy ra goc ¢ =90"
Vay goc giita hai mit phang (SBC) va (SCD) 1a 90°
Cau75. ChonC
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AC =22 = ASAC 1a tam giac déu = S, = 23= Srsio = V3
SH =[SA = AH> =T = S, =7 .

Hinh chiéu vudng goc cua ASAB 1én mat phang (SAC)la ASAO.
Swo V3 N21

S NT T

Suy ra: cosa =

Cau76. Chon B

Goi M 1a trung diém ctia BC . Do tam gidc ABC déunén AM | BCva

AM = ABsin 60° =%

Goi H, Klan luot 13 hinh chiéu cua Atrén SM,SB
Vi S4 1L (ABC) =S4 1 AB,S4 L AM . Trong cac tam giac vudng SAB , SAM , ta co:

ot 12:>A1<:a‘/§. L1, 1 =l
AK® SA* 4B 2 AH® SA AM 5
BC 1 S4(do SA 1 (A4BC))
= BC 1L(SAM )= BC L AH
AM L BC
AH L SM AH L KH (SB L AH
= AH 1 (SBC)= . =SB 1 (AHK)=> SB L HK .
AH 1 BC AH 1L SB " |SB L 4K
Tt AH L KH = KH K"~ =283
V20
_[SB L4k - .
U {SB k= ((S4B),(SBC))= AKH => cos((S4B),(SBC)) K

Cau77. ChonC
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Cau 78.

Goi M, N lachan duong cao ha tir cac dinh B, S cua tam giac SBC . H 1a hinh chiéu cia S trén

mit phang (ABC).

Taco: AB L(SHC)= AB L SC

Mit khic SC L BM = SC 1 (ABM )= SC L AM
(SAC)N(SBC)=SC
AM < (SAC)

BM < (SBC)

SC 1 AM,SC 1 BM

Ta tinh goc AMB . Xét tam giac AMB .
Tam giac SBC cantai S nén N la trung di€ém cua BC.

2
+)SN =~/SC? —NC? = [4a> - L = a15 .

4 2
SN.BC a 15.61_61\/E
SC  22a 4
+) AM =~ AC? —MC* =\BC* - MC* = BM .
154> 154>

2 2 2 _t =
Ta co cosAMB:AM +BM”—AB” _ 16 16

Vay = ((S4C);(SBC))=(AM;BM).

+)BM =

:l>0, suy ra goc AMB nhon.

2.MA.MB , 154’ 15
16
Vay a=((SAC);(SBC))=(AM;BM )= AMB = cosa =% .

Chgon D

Ta co: {S <[ (s4D)n(s5C)] = (8S4D) " (SBC) = Sx//BC, Sx//AD .
BC /| AD
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Cau 79.

. [BC L 4B
Taco:{ A:BCL(SAB):BCLSB.

Ma Sx//BC = Sx L SB tai S. (1)

. SA L AD )
Ta lai co: =841 8 tai §.(2)
Sx//AD

Tir (1) va (2) = (SBC),(SAD) | = (SB,54) = 4SB.

Xét tam giac SAB vudngtai A c6: SA= AB = ASAB vudng can tai 4 = ASB = 45°
=((SBC),(54D)) =45°.

Chon B

B

Xét tam gidc ABC vudng tai B ta co: AC’ f\/AB2 +BC? = \/32 +4° =5,

Goi K 1a chan duong vudng goéc ké tir C xudng SA . Xét tam giac CAK vudng tai K ta co:

AK =JCA —CK?> =5 —4* =3.

Ké SH L AC, He AC va KP//SH, P AC thi KPL(ABCD).

Xét tam gidc BAC vudng tai B va tam gidc KAC vudng tai K ta thiy cac canh tuwong tng bang
nhau va KP la duong cao cta tam gidc KAC nén BP la dudng cao cia tam giac BAC .

Ké PM LKA, M € KA. Vi KA L PB va KA L PM nén KA L (PMB). Suyra KA L MB.

Nhu vay, goc giita mat phang (SAC ) va (SAB) bang goc PMB.
KAKC _34 12

Xét tam giac KAC vudng tai K ta cd: KP.AC = KAKC = KP = i s 5

12
Suy ra BPzKPz?.

2
Xét tam gidc KPA vudng tai P tacd PA=+KA> - KP*> =, |3’ —(%j :%.

PAPK 36

Lai c6 PM.AK = PA.PK = PM = =—.
AK 25

BREE
5 25

Xét tam gidc PMB vudng tai P tacd MB =~ PB*+PM* = \/( iy
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Ta co: cos]%:MP:ﬁ. 25 :3@.
MB 251234 34

Cau80. ChonC

Goi H,0,J lan luot la trung diém cua AB,AC,CD.
I la hinh chiéu vuong goc cua O Ién SJ, K la hinh chiéu vudng goc cua [ 1én SC.
(SAB) L(ABCD)
(SAB)N(ABCD)= AB = SH 1 (ABCD).
SH 1 4B
=S8SH 1L CD.
Mit khac, CD L HJ = CD L (SHJ)= CD L OI .
ol 1L.SJ
{0] 1CD

Suy ra ((m)) = (K/O,\KI ) = OKI (do AOKI vuéng tai I nén OKI nhon)

2
, SC=SD=~SB>+BC* =a\J2,5] =\JSH* + HJ? = [“ Jﬂgza\zﬁ_

ASHT o A0 = OL_OJ W, OJSH a3
SH SJ HJ SJ; 27

[J:OJ'HJZL_

SJ; 7
Sﬁa

Co SI=8]-1J= .
14

SC Lol
= Ol L(SCD)=0I LSC,Cé = SC L OK.
SC LIK

a

SH =

3 3
2 2

Sﬁa a
SL_KI

ASKI - ASJC = SL_KL o SLJC 14 5 5\l4a
scC JC SC a2 56

AOKI vudng tai
0l a3 56 |24

tanmp=—=—.—7—=,|—
KI 27 5140 N 25
Cé cos’ —;—E:cos _2 (do cosp>0)
P Tan’p 49 ?=3 v
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Vay cosq):%.

Dang 3.3 Goc cia hai mit phang khac
Af

Cau 81. i
Gia su canh cda hinh lang tru déu ABC.A'B'C" ¢6 d0 dai bang a.
Goi M =A'BNAB' va N=A'CnAC'.
Khi d6 (4B'C")n(A4'BC)=MN .
Ké A'T 1L MN ([EMN) ma AA' 1 BC, BC//MN = AA' L MN . Vay Al L MN .
Khi d6 ((4B'C"),(A'BC))=(ALAT)=a.
Goi J la trung diém BC.

AJ=—a23 , AT = AA” + AT? =gcz :>A'I=%A’J= af

Xét tam giac AA'IA co:
—— AP+ AT -447 -1

cos A'IA = :—:>cosa=cos(AI,A'I)=cos(180°—m)=l.
2.A1.A'1 7 7
Cau 82. ChonD
A B
DL G
NG
Loy 0N |
I’I ,z/ A’ 1‘\ B’
DI CI
Ta c6: CD L(ADD'A')=CD L A'D
A'D 1 AD'
= AD' 1 (A'B'CD)
CD 1 AD'

Ma AD' < (ABC'D') = (ABC'D') L(A'B'CD)
Do d6: géc gitra hai mit phang (A'B'CD) va (ABC'D') bang 90°.
Cau83. ChonC

Téng hop: Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong 53




CAC DANG TOAN THUONG GAP

DT:0946798489

5 o

BD 1 AC
Ta c6: (A'BC) N (A4'CD)=4'C. Do {
BD 1 A4

Ké BE 1 A'C={E}, thi (BDE)L A'C.
(BDE)N(A'BC)= EB;(BDE)N(A'CD)=ED .
Vay ((A'Bf),/<A'\CD)) = (E/BE)) .

r

Co = BC L (A4A'B'B) = BC L 4'B.

BC 1 BA
BC | BB’

Gia str hinh 1ap phuong ABCD.A'B'C'D’ ¢6 canh bang a . Tam gidc 4’BC vuodng tai B voi

duong cao la BE, ta co:

1 1 1 1 1 3 2
PR e a7 :_2—1__2__2:>BE:i
BE* BC* BA? & 2 2a 3
Ap dung dinh 1y ham s6 cosin trong tam gidc BDE :
2a° 24’ 2

2 2 pr2 o t+——2a

cosBED:BE +DE"—-BD" 3 3 :
2.BE.DE ) 2a
3

—

Vay
Cau 84. Chon A

(4'BC);(4'CD)| =(EB;ED) = 180° — BED = 60°.

. Tuong tu ta c6 DE =

:%¢@:120°.

BD 1 AC
Ta co:
BD 1 A'A

— BD 1 (ACC'A")— BD 1. OA',BD L OC'

a2
5

Suy ra goc gifra hai mit phang (4'BD) va (C'BD) 1a goc giita hai dudng thang O4' va OC'.

Theo gia thiét: AC=2A4'A=2a\3 = A0=A'A=a\3 - 04 =0C' =a6
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Cau 85.

Cau 86.

OA* +0C"* - A'C* 6a*+6a* —12d° _

0
2.04'.0C' 2.64°

Trong tam giac OA'C": cosO =

Suyra A£OC'=90".

Chu ¥: ¢6 thé suy ra goc A0C' vudng bang cach nhan xét 2 tam gidc 40A4',COC’ vudng cén.

Chon B

Do ABC.A'B'C" 1a ling try déu nén no 1a lang try dtng va co day 1a tam giac déu. Ta liy thém
cac trung diém cua 4B, AC lan luogt la cac diém E, L. Goi H,K lan luot 1a trung diém cta

A'N,CL. Khi 6 thuc hién phép chiéu vudng géc tam gidc MNP 1én mit phang (ACC'4") ta

duoc tam gidc KNH .
Tam giac MNP c6 MN =+/3, MP = NP

v6i MP =~ PE*+ME> =3+4 =+7.

Tam giac MNP can tai P nén d6 dai duong cao ké tu P tinh dugcla ,|7——

Nén dién tich 1a: S, = %%f = %.

Tam giac KHN c6 dién tich dugc tinh 1a

3‘/§+‘/§J.2 [ﬁﬁf}z ;

2 2

SKH = SACC'A' - SAKHA' - SKCC'N = 4\/§ - ( 2 - =5 -

2 2
Ap dung cong thirc hinh chiéu ta cé S, = S,p-COS .

3

KHN

Vay cosazS—:L:E.
Sywp 5\/g 5
4

Chon C

N
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B' e
+ Goi Ola giao diém cua hai duong chéo hinh vudéng ABCD.

Pit AB=x:>BC=x;AA'=%.

2
A'B=A'D= (x 6} +x2=x210:>AA'BDcén:>A'OJ_BD.

2

2
C'B=C'D= (%j +x2 =2 210 = AC'BDcan =C'O L BD.

+ (A4'BD)(C'BD)=BD
A'O LBD,A'O c(A'BD)
C'OLBD,C'Oc(C'BD)
= goc giita hai mat phing (A'BD)Vé (C'BD) bang goc gitra 4'0 va C'O.

+Tinh A'OC".
2 2
A'0=C'0=+A4'B*—BO* = 10| (22 —x2.
2 2
A'C'=x\2.

= A4'0C" déu = 4'0C'=60".
Vay goc giita hai mit phang (4'BD)va (C'BD) bang 60°.
Céch khéc: Gan hé truc toa do Oxyz vao hinh hop chit nhat ABCD.A'B'C'D' dé tim goc gitra hai
mit phing (A4'BD)va (C'BD).
Cau87. ChonD
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Cau 88.

A &
Ta chon hinh 1ap phuong c6 canh bang 6.
Goi P,0Q lan luot 1a trung diém cac canh C'D’ va AB . Khi d6 ta c6

MP =MI* +IP* =13, MO =5,P0 =62
Ap dung dinh 1y ham cos ta duoc:
—— MP’+MQ’-PQ* 17413

cos PMQ = =
2MP.MQ 65
Goi a 1a goc gitra (MC'D') va (MAB):
. 613
Simmoa =——.
65
Chon B

Goi P,Q lan luot 13 trung diém cua BC va B'C'; I=BM NAB',J=CNNAC,E=MNNA'Q.
Suy ra, (MNP)N(AB'C")=(MNCB)N(AB'C")=1J va goi K=IJNPE=K e AQ véi E 1a
trung diém MN (hinh v¢).

(A4'QP) L 1) = AQ L IJ,PE L 1J = ((MNP),(4B'C")| = (40, PE) =

5 5
Ta c6 AP:3,PQ:23AQ:\/E:>QK:@; PE=2=PK=2.
KO* +KP* - P
cosa = ‘cos QKP‘ ‘ o ¢ ‘ .
2KQ.KP 65
C!
0
:\\ E : “ /l" N
B! i\\M ,I E//“\/’,l A’
i ,"\ f/iJ
: /,” /: i ”1’ \\
P
B% A

Cach 2
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¥ X
Gin hé truc toa do Oxyz nhu hinh vé

:>P(O;O;O),A(3;O;O),B(O;\/g;o),.C(O;—\/g;O),A’(3;O;2),B’(O;\/§;2),C'(O;—\/§;2)
nén M[§;£;2J,N[é;—£;2J
272 2

2

Ta ¢6 vtpt ciia mp(4B'C') 1a E:L[TB’,A—C'}=(2;O;3) va vipt ctia mp(MNP) 1a

243
n, =(4;0;-3)
Goi ¢ 1a goc giira hai mit phang (AB’C’) va mp (MNP) = cosQ = ‘cos(nﬁl,nj) = \/|%_\/92|_5 = \/615—3

Cach 3

B

Goi O la trung diém ciia 44", khi d6 mat phing (AB'C ') song song v4i mat phing (MNQ) nén
goc gitra hai mit phing (AB'C ') va (MNP) cling bang goc giira hai mit phang (MNQ) va (MNP)

Ta co:
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Cau 89.

Cau 90.

(MNP)N(MNQ)=MN
PE < (MNP); PE 1 MN = ((MNP);(MNQ))= PEQ hoge ((MNP);(MNQ))=180° - PEQ
QE < (MNQ); OE L MN

Tam gidc ABC déu c6 canh 23 = AP =3.

Tam gidc APQ vuodng tai 4 néntacd: PQ = \/APz +A0* =3 +12 =410

2

Tam gidc A'QE vudngtai A' néntacd: QF =\JA'E*+ A'Q* = /(%j +1° :g
2

Tam gidc PEF vudngtai F néntacod: PE =+ FP’ + FE®> = /22 +(%) :%

Ap dung dinh 1y ham s cosin vao tam gidc PQE ta cé:
25 13

- 5 2 py2 —+——10
cosPEQ:EP +EQ" - PO _4 4 =—\/B
2.EPEQ , 5313 65
202
Do do: cos((MNP);(ABva)):cos(180°_P/E\Q)Z—COSFE\QZ%.

Chon D
Chon hé truc toa do nhu hinh v¢ sau.

Theo cach chon hé truc toa do va theo bai ra ta c6: 4(0;0;0); B(2;0;0); D(0;3;0); C(2;3;0);
C'(2;3;4); 4'(0;0;4).
Taco: BC' =(0;3;4); BD =(-2;3;,0) =7

scoy =| BC3BD | =(~12;-8;6) = 7i, =(6;4,-3) 1a
mat vecto phap tuyén cua (BC'D).
Tuong ty ta ¢6: 7, =(6;—4;—3) 1a mot vecto phép tuyén ctia (4'C'D).

i g, 6.6-16+9| 29

Tacod: cosa =7—F— = =—.
il \Jor 42+ (<3) 6 +(—4) +(-3) O
= a=61,6°.
Loi giai
Chon A
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Cau 91.

=

Goi O=A'C'nB'D".
(AB'D')~(CB'D')= B'D'
Ma B'D' L (ACC'A')
(4'C'CA)(AB'D') = 40
Mat khac:
(A'C'CA)n(CB'D")=CO
suy ra goc gitta hai mit phang (AB'D’) va (CB'D') 1a goc gitta AO va CO.

CO=A0=AA? + AO* =2 = AC = AOC la tam giac déu.

Vay goc can tim bang 60°.

Chon B
.
& ® C
1
N, P |
S 1
A 1\ : :
S :‘\\ ! !
~ 1 \‘ ] |
AR R ! I
N ~ \ \ i
A
~ | \ !
R |
b oA i 1
~ oy 1
1 v\ 1
RN \ \I 1
ANURTR !
1 ~
| s 'O 1
| \ < !
1 Vol ~ 1
| i I
! \\ i ~. i
AN [ \\ K
AN vy [N
[ WY [N
1 Vi ~
[N \\ _ ”‘H S~
1 AN | -
! =\ ! N
| - Tx-d--__1
- N T=——c _ <
_ - v ———— T ~
S St e S ey
- ~o I A - C'
B T N % IR
- PSP
- - _::,—.’\ \\‘\ L
T T
D'

Giao tuyén cta (MAB) va (MC'D’) 1a dudng thang KH nhu hinh vé.

Goi J 13 tAm hinh vuéng ABCD. L,N lan luot 14 trung diém cua C'D' va AB.
Taco: C'D' L(LIM)=C'D' L LM = LM | KH .

Tuong ty AB L (NJM)= AB L MN = MN | KH .

Suy ra goc giita hai mat phiang (MAB) va (MC'D') chinh 13 goc giita 2 dudng thang (MN, ML) .

Téng hop: Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong

60



CAC DANG TOAN THUONG GAP PT:0946798489

Goi canh hinh 1ap phuong la 1. Tacd LM =

@, MN:g, NL=+2.

2 2 2
Ta co: cos LMN = MN"+ML - NE = 7@.
2MN.ML 85

Suy ra cosin ctia goc giita hai mat phang (MAB) va (MC'D') 1a

7485
85

Cau92. ChonD

Goi M va N latam cua cac hinh chit nhat 44'D'D va A'B'C'D".
Dé thdy A4'MN = AD'MN .
Goi H la chan dudng cao tir dinh A4' ctua tam gidc 4A'MN . Thé thi D'H L MN .

Suyra cosa = ‘cosA'HD' .

3

Taco: A'D=5; A'M=>; A'N=""":; MN =+/5.

e

>
2
Xét tam gidc A'MN .

' 2 ' 2 2
TacécosA':AM+AN MN = 0 :sinA':\/l—coszA'zz_‘/a_

2.A'M.A'N 5V13 V13

= S,y :lA'M.A'N.sinA':@:lMN.A'H :A'H:@:D'H.
2 4 2 245
A'H*+D'H>-A4'D® 29

Trong tam giac A'HD' ¢6 cos H = =-=
2. A'HD'H 61

Vay cosa=% = a~61,6°.
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DANG 4. MOT SO CAU HOI LIEN QUAN

N '
A\\\ C
~
~
~

Cau 93.
Xét tam giac ABC ¢6 AB* +BC* =a’ +(2a)2 =5a> = AC* = tam giac ABC vudngtai B.
= DPap an D dung.
Do ABC.A'B'C' 1a lang tru ding va tam gidc ABC vudng tai B nén AB L (BB'C)
= (44'B'B) L (BB'C) = Piap an B ding.
Do ABC.A'B'C’ 1a lang truy ding va tam giac ABC vudng tai B nén
((4BC),(A4'BC))=(AB, A'B) = ABA' =45° = Dép an A ding.

Xét tam giac vuong A'AC tacd A'C = JAA? + AC? =a* +5a° = a\J6 = bap an C sai.
E

y -q c
Chu 94, B
Ta co: AABC la hinh chiéu cia AADE trén mit phang (ABC )

N 3

Do do S,,. =S,,;.c0s60° = 2 —SADE%SSADE= >

*\3

Mit khac S, :%AD.AE.sinETE =4 =

%.a\z/g.a\/gsinﬂ =sinf=—.

SES
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Cau 95.
(ACD) L(BCD)
Theo gia thiét ta c6: {(ACD)N(BCD)=CD = AJ L(BCD)= AJ L BJ .
AJ LCD

AACD = ABCD (c.c.c) = AJ = BJ = AB= AJN2 = [2(4C* - CJ*) = [2(a* - x*)
—Al=Lgp=]L 2(a’ -x*)
27772

D& thady ACAB va ADAB bing nhau va can tai cac dinh C va D.

a —x
= DI =CI =~NJAC* — AI” = \|d* - ‘/“ L

Cl 1 AB
DI 1 AB°

,nén dé (4ABC) L (ABD) thi CI L DI hay AICD vudng tai I .

af

< CD= CII@Z}C— a+x’ ox=—=

Cau9s. o c
Ta ¢6(SCD) L (S4D), v& AN L SD tai N = AN L(SCD).
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(S4B) L(SBC), v& AM L SB tai M = AM 1 (SBC).

= ((SBC),(SCD)) AM = AN = MAN .

ax SM  MN MN = SM .BD

Tacd SB=SD =\x*+a’ , AM = AN = , = = MN =
Y+a> SB BD SB
2
X
a2
2 2 2 2
5M=X_:>MN:—W3MN=’CZQ_@_
X +a’ VX +a? x"+a

X 1adt=x2 &x=a.

xa xzax/i
= =
N
Cau97. Goi ¢ 1a goc tao boi (P) va mat phang (ABCD)
Dién tich thiét dién dat gi4 tri nho nhat

AAMN déu cho ta MN = AM =

D’ C
“-'\-\_
EARY ~ .
fn e
K \
[ | -
A ¢ T AM
1
&
£ |r '\I‘
£
Dy __*_1_4_
N A C
& 1Y
N,
i !
i o
tl
[
4 B

< ¢=(BD',(4BCD))=D'BD

~— BD 2 6

cosD'BD =
BD 3 3

Cau 98. Ta thy do hinh chop S.ABC dinh S 1a ch6p tam giac déu nén AB = BC = AC = a.
ASAB = ASAC (c.cc) = AM = AN.

Do do6 tam gidc AMN can tai A. Goi H S
la trung diém cua MN thi AH 1 MN valla trung diém cia
BC.

(AMN) L (SBC)

(AMN)(SBC)=MN = AH L(SBC)=> AH L SH;AH L SI

Trong(AMN):AH L MN
Xét tam giac SAI c6 duong AH vira 13 trung tuyén vira 1a dudng cao
nén tam giac SAI can tai A.

) 3
Tam giac ABC deu canh a = Al = % =SA=3SB.
3a®> a* a
Xét tam giac SBI vudng tai I nén SI =~/ SB? — BI? = 1 E

Ta co: SH=%SI:

a
222
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2 2
Xét tam giac ASH vuodng tai Hnén 4H =+/S4? - SH? = S a _ a5

4 8 22
2
Vay S, gy = 1.Y5 a_aV10
2 2'2J2°2 16
ﬂ4
B D
H
C

Cau 99.
Goi H la trung diém cua CD nén AH L CD
< AH 1 (BCD) (do (ACD) L(BCD)) va (ACD)N(BCD)=CD
Goi M 1a trung diém ctia 4B nén CM L AB
Vi (4BC) L(ABD) va (ABC)n(ABD)=AB = CM 1 MD.
AABC = AABD = MC = MD = AMCD vudng can tai M .

2 2

Pit CD =x = AH® = BH? =a2+x7<:>AB2 — AH? + BH® :2az+"7

2 2
Ta c6 MH:%AB:% 2a2+%<:>MH:gCD<:> 2a% + 1:72x

2 2a

<:>2az+x?:2x2 S da’ =3x'x="2=

NE

Cau 100. Chon A

20cm

A 20cm B

Dé lugng mua thoat dugc nhidu nhit khi dién tich hinh thang can 4BCD 16n nhat.
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A B
ﬂ R
D g K C

Khi do taco: HK = AB=20cm, DH =CK =cos.20, AH = BK =sin ¢.20.

Do d6: S, =%(AB+CD).AH :%(20+20+2.20.c0s¢).20.sin(0 =400.(1+cos ¢).sin ¢
bit 1 =cosg, vi ¢ €(0%180°) = cosp >0 = § =400(1+¢)V1-1> .

Xeét f£(1)=(1+)I-2 vi te(0:1). Khido: f(¢)=A1-2 +(147).——— = 2L ¥

RN
t=-1
Do d6: f'(t)=0<| 1 .Béangbién thién:
t=—
2
! 1
x |0 >
y/ -+ 0 —
3V3
v 4
1 0

Tir bang bién thién ta cé f(¢) dat gié tri 6n nhat tai ¢ = % = cosQ = % = =60°.
Cau 101. Chon A

(o4 B
/*P‘
D’ / : A "N
/ 1
I
I
[ e WA
1 M,
b A

Goi M,N,P,Q lan lugt 14 giao diém cua (a) v6i cac canh bén 44', BB',CC',DD’.
Thiét dién ctia (@) véi hinh 1ap phuong 13 hinh binh hanh MNPQ . Ké QH vuéng goc voi MN ,
OK vuodng goc vi AA'. Suyra HK | MN .
(MNPQ)N(ABB'A") = MN
Vi {OH L MN = ((MNPQ),(ABB'A")) = (OH, HK ) = OHK = 60°.
HK 1 MN
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) K K
AQKH vudng tai K nén sm60°:Q—:>QH: .Q -=2; KH = oK =1.
OH sin 60 tan 60°
Do d6 ta tim duoc MN = \/§
Vay dién tich cua thiét dién Sy, = 2+/3 .

Cau 102. Pap 4n. D.

£ B
P ,"H‘\ /,’
// RH‘-\H_H E fe///
D' N ‘H\‘:‘"\u" e /}-'"'\\
7T [
, M
= sy /3
P Pt W I
_D ’ il 1 L P
4 ¢
Dung NK =3MB,MN "KB =1
PINAB=J,
NO =2MJ
MR =2P0O

Thiét dién 1a luc giac MRNQP.J .
CéCh 1: SMRNQPJ = SMJPQ + SMQNR

FE = 32{&}2 =M

:>FG=§,GE=\/E

2 2
2 J6
o _(MQ+JP)FG _ (WV2+332)7 " 53
MJPQ 2 2 2
1
(Mo NR)EG (N2 + 5”5)‘/6
SMJPQ = = = 4‘/5
2 2
13V3
SMRNQPJ = SMJPQ SMQNR = T .
Céch 2: Goi ¢ la goc giira hai mat phang(MRNOPJ );( PJBTKD )
S — SPJBTKD
MRNQPJ
cosQ

1 13
SPJBTKD = SABCD - SKCT - SAPJ =9 _5_2 ==

2

32
cosQ = cosEFU=ﬂ =2 _N°
FE 36
2
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Cau 103.

Cau 105.

Cau 106.

— SPJBTKD _ 13\/3 .

S = =
MRNQPJ oS )
Chon A
A’ B’
|
I
i |
D I C!
1
L b ) i
A}— ————— E —pp
/
/
/
D C

Gia su (a) cit tAt ca cac canh bén nhu hinh vé.
Do géc gitta () va (ABB'A') bang 60° nén suy ra goc giita () va mét day (ABCD) bang
90°—-60°=30°.
Goi S’ 1a dién tich t&r giac IJKL va S 1a dién tich cta hinh vuéng ABCD.
2
s _(¥3)

Taco S'=8.cos30°= S’ = = =2./3.
cos30° ﬁ

Cau 104.
Chon A ,
Ap dung cong thirc dién tich hinh chiéu:
1
Suse = Saspe-€0s60° = 2.5 =1

Chon A
Ngo6i nha c6 hai mai déi xting nhau va c6 di¢n tich bang nhau, di¢én tich mdt nira mat nén nha

bang S =50m*. Goi S'la dién tich mot mai, khi d6 mot mai nha c6 hinh chiéu vudng goc 13 mot

\ 1 : ) .
nura mat nén nha. Ta c6 i =cos30'=S8"'= LO = ﬂm2 . Vay tong dién tich mai nha la
S cos30 \/3

200
0w

S6 tién bac Binh can la 2—%) 100 ~ 11547 nghin déng ~ 11,547 triéu dong.

Chon A
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Goi M, N lan luot 1a trung diém cua AB, CD.

AABC = AABD = CM =DM .

(ABC) L (4BD)= CMD =90°.

= AMCD vuong can tai M.

= MN L CD.

Tuong tu, ta cling c6 AABN vudng can tai N=> MN | AB
bat CD = 2x,(0 <x< a) ta co:

CN=DN=MN =x.

AN =BN =d* —x* .

Ap dung hé thirc lugng trong tam gidc vudng ABN ta co:
11 1 2 1 V3

AN?* BN?* MN?* & -x* X°

2.3

=CD=2x= Ta
Cau 107. Chon C
B c
d /W
< /
- /
- e
- /
- ! ey
e ! L
- | e
/ LM yd ‘
- L Vs
A 17,_/-/ . | D
i B | e
/// “_.r_________"" __--_--____:/_/
/J /
a' /
Vs
- -
e
L I
ry o
Vi AA'// BB’ nén géc giira hai dudng thang MN va BB’ bang goc giita MN va A4’ va bang goc

ANM .
Xét tam gidc ANM vudng tai A, ta co: tan ANM = Ij% a;/_ 2 =3 = ANM =60°.
Cau 108. Chon A
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C!

Ta c6: Tam gidc ACC' vuong tai C.

Ma CC' = A4 = a; AC = a5 = AC' =N AC* +CC” = a6 do d6 khing dinh AC' =2a+/21a
sal.

+)Ta cd AB* +BC* =a” +4a” =54 = AC* chling to tam gidc ABC vudng tai B

+)Tacé AB L BC; AB L BB'= AB 1 (BB'C') ma AB < (AA'B'B)=(A4A'B'B) L(BB'C’)

+) Ta c6 AB=AA'= ABB'A’ 1a hinh vudng do d6 A'BA=45°.

Mt khac: (ABC)N(A4'BC)=BC

BC 1 AB va BC L BB'= BC L (ABB'A’")

(ABB'A')N(ABC) = AB;(ABB'A’) n(A'BC) = A'B = gbc giita hai mt phang (4BC) va (4'BC) bang
goc gitta AB va A'B va bang A'BA. Viy goc giira hai mit phang (ABC ) va (A’BC ) ¢6 s6 do bang
45°.
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