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GV. Luvu Huy Thuéng 0968.393.899

TUYEN TAP LUO'NG GIAC

Toan b tai liéu luyén thi dai hoc mdn toan ciia thiy Lwu Huy Thwéng:

http://www.Luuhuythuong.blogspot.com

HT 1.Giai cAc phwong trinh:

1) 2c052m+\/gcosm:0 2) sin? 7 +sin 27 + 2cos’ z = 2 3) 3sin® 2 +sin2z + cos’> 7 = 3
4) 2sin’z —sinz —1=0 5) cos2z 4 3sinz —2 =0 6) 2cos2z —3cosx+1=0
Bai giai

1) 2COSQQZ+\/§COSQZ: 0

cosz =0 =21 kr
N 3 e 527T keZ
e R e

2) sin? 7 +sin 27 + 2cos’ z = 2

sinz =0 z=km

< sinz(2cosz —sinz) =0 <

tanxy =2 T = arctan?2 + km

3) 3sin® 2 + sin2z + cos’> 7 = 3

& 2sinzcosz —2cos’ z =0 & 2cosz(sinz — cosx) =0

7T
cosz =0 m:5+k27r

<
tanz =1 ™
T =—+km
4
I:£+k2ﬂ'
sinx =1 27T
4) 2sin’z—sinz—1=0 & 1elr=—+k2rn,kcZ
sinz = —— 6
1'27—7T—|—k27r
6

5) cos2z + 3sinz —2=10

& 1-2sin’2 +3sing —2=0< 2sin’z —3sinz +1=0

m:£+k27r
sinx =1 721_
& 1<|le=—+knr.,keZ
sing = — 6
m:5—w+k27r
6
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6) 2cos2z —3coszx+1=0 & 4dcos’z—3cosz—1=0

cosz =1 T = k27

& 1< 1 kel
cosT=—- |o= iarccos(—z) + k27

HT 2.Giai cic phwong trinh sau:
1) \/gsin3xfcos3:z? =2 2) sindz 4 cos bz = —\/5

3)\/§Sinx+cosm=\/5 4) \/gsina:—cosm:\/g

Bai giai

1) \/gsin?)QZ—COS?)QZ:Q

<:>—3$in3m—lcos3m:1 < sin (3x—£)= 1 e3-Z=Z4kr o $:2_7r+k2_7r
2 2 6 2 9 3
2) sin5x+cos5x:—\/§
@isin5x+ic0s5x:—l < sin (5x+£)= 1 etr+i=—Tipre x:73_7r+/1:2_7r

2 J2 4 4 2 20 5

3)\/§Sinx+cosm :\/5 @@sinx—i—%cosaz :72

. ™ LT 2 . w .
& sinzcos—+ coszsin— = — < sin(z +—) = sin—
6 6 2 6 4
™
r+—=—+k2n T =—+k27
& 34 & S keZ
x+£:f~|—k2ﬂ' v =" 4 k2
1 2
4) \/gsin:tfcosgﬂ:\/g<:>£sin:1ﬁ——cosav:£
2 2 2
. m . 2 . T L
< sinzcos—— cosrsin— = — < sin(z ——) = sin—
6 6 2 6
T T o1
& & keZ
m—zz%—i—k%r m:ﬁ—i—k%r
HT 3.Giai phwong trinh:
1)3Sin3m—\/gcos9m:1+4sin3 3z 2) tanz — sin2z — cos 2z + 2(2cos T — )=10

COST
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73

COS T

1

sinx

3) 8sinz =

+

5) sin2zx +2cos2z =1+sinx —4cosx

7) sin2z —cos2x = 3sinz + cosz —2

9) 2c0s® 7 + cos2z +sinz =0

11) 4(sin z + cos* z) + J3sindz =2

13) tanz — 3cotz = 4(sinz + V3 cos z)

15) cos? z + sin*(z +£) = i

4) 9sinz +6cosz — 3sin2z +cos2z =8

6) 2sin2x —cos2z = Tsinz +2cosz —4

8) (sin2z + 3 cos 22)% — 5 = cos(2z — %)

10) 1+ cot2q — 1052

sin“ 2x

1
12) 1+ sin® 2z + cos® 22 = Esin 4z
14) sin® z + cos® 2 = sinz — cos ©

16) 4sin® z cos 3z + 4 cos® x sin 3z + 3\/5 cosdr =3

http://www.Luuhuythuong.blogspot.com
Bai giai

1)35111391:—\/500891: —1+4sin’3z < (3sin3x—4sin3 3x)—\/§cos9x = 1

. 4%
& sin9z — /3 cos9z = 1 (r)sin(Qav—Z):sinz & 18 9
5 7| _Tn o
54 9
2) tanz — sin2z — cos 2z + 2(2 cosx — )=0 (1)
CoS T
biéu kién: cosx¢0<:>:r¢§+k7r
1) < ST sin2z — cos2z + dcosz — =0
COST cos
& sinz — 2sinz cos® 7 — cos 2z cos z + 2(2cos’ z — 1) = 0
& sinz(1 — 2cos? ) — cos 2z cos T + 2 cos 2z = 0
& —sinz cos2z — cos2z cos T +2cos2z = 0
cos2z =0 T
< cos2z(sinz +cosz —2)=0 & | | Sr=—+k—
sinz + cosx = 2(vn) 2

V3

COS™

1

sinx

3)8sinz =

*

+
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N N . ™
biéu kién: sin2z =0 v = k—

I:Z—Fkﬂ'
= 6

p=—-L 4T

12 2

4) 9sinz +6cosz — 3sin2z + cos2z = 8§
& 6sinzcosz —6cost + 2sin’ z — 9sinz +7 =0
< 6eosa(sing —1) + (sinz —1)(2sinz —7) =0
< (sinz —1)(6cosz +2sinz —7) =0

sinz =1

<=>I*£+k2ﬂ'
6cosr +2sinx =7 )

5) sin2z +2cos2z =1+ sinz —4coszx

& sinz(2cosz — 1)+ 4cos’ z +4cosz —3 =0
< sinz(2cosz — 1)+ (2cosz —1)(2cosz +3) =0

< (2cosz —1)(2sinz +2cosz +3) =0

1
. CoBT=75 sr=+2 12
2sinz 4+ 2cosz = —3,(vn) 3

6)2sin2z —cos2z = Tsinz +2cosz —4

(*) e 8sin? zcosz = 3sing + cosz 4(1 — cos2z)cos —/3sinz + cosz

& —4cos2zcosz = V3sinz —3cosz —2(cos 3z + cosz) = J3sinz — 3cosw

1 3 . m
<:>cos3m:§cosa:—?smm < cos3z =cos(z+—) &

C2 (*) & 8sin? zcosz = V3sing + cosz < 8(1— cos® z)cosx = J3sing + cosz

& 8cosz —8cos® z = \/gsin:ztf?)cosx & 6cosT — 8cos® T = \/gsinxfcosx

1 3 .
& 4cos® z—3cos :5cosxf7smx & cos 3z = cos(x +z)

& 2sinzcosz 4+ 2(2cos’ 1 —1)—1—sinz +4cosz = 0
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& dsinzcosz — (1—2sin® 1) — Tsinz —2cosz 4+ 4 = 0
& 2cosz(2sinz — 1)+ (2sin z — Tsinz +3) = 0
< 2cosz(2sine —1) + (2sinz — 1)(sinz —3) =0

< (2sinz —1)(2cosx +sinx —3) =0

7T
2sinz —1=0 T=_tk2m
. @ 6
2cosz +sinz = 3,(vn) m:%+k27r

7) sin2x — cos2z = 3sinx + cosx — 2
& 2sinzcosz — (1 —2sin’ 2) — 3sinz — cosz +2 = 0
& (2sinzcosz — cosz) + (2sin® z — 3sinz 4+ 1) = 0
< cosz(2sinz — 1)+ (2sinz —1)(sinz —1) =0

2sinz =1
< (2sinz —1)(cosz +sinz —1) =0 & .
cosz +sinzx =1

I:£+k2ﬂ'

+2sinz =1« 5
x:l+k2ﬂ

6

T = k27
SR

. ™
+cosz +sinz =1 cos(z ——) = T

8) (sin2z + V3 cos2z)% — 5 = cos(2z — %)

Ta ¢6: sin 2z + /3 cos 2z = 2(% sin 2z + @ cos2z) = 2cos(2x — %)

bat: ¢ = sin2x+\/§cos2x,—2 <t<2

t=-2
Phwong trinh tré thanh: 2 —5 :% 22 —t-10=0 &

5
2

+t:72:2cos(2xf£):—2@x:7_ﬂ-+k7r
6 12
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9) 2c0s° T+ cos2z + sinz =0 < 2cos® x4+ 2cos” £ — 1 +sinz = 0

& 2cos’ z(cosz +1)—(1—sinz) = 0 < 2(1 —sin® z)(cosz +1) — (1 —sinz) = 0

< 21 —sinz)(1+sinz)(cosz+1)— (1 —sinz) =0
< (1—sinz)[2(1+sinz)(cosz +1)—1]=0
< (1—sinz)[1+ 2sinzcosz 4+ 2(sinz 4 cosz)] = 0

sinx =1

14 2sinzcosz 4+ 2(sinz + cosz) =0
. 7r
+sinz =14 l‘=§+k2ﬂ'

+1+42sinzcosz 4 2sinz + cosz) = 0 < (sinz 4 cosz)? + 2(sinz + cosz) = 0

& (sinz + cosz)(sinz 4+ cosz +2) =0 < sinz +cosz =0

@tanxz—l@x:—g—i—lm

1—- 2 ,
10) 1+ cot2z = —— 2T (¥ Pidu kién: sin2z = 0 & g = k—
sin” 2z 2
1- 2
(*)®1+cot2x:ﬂ @1+cot2x=;@1+6_082$: L
1 — cos 2z 1+ cos2z sin2z 14 cos2z

< sin 2z(1 4 cos 2z) + cos 2z(1 + cos2z) = sin 2z

< sin 2z cos 2z + cos 2z(1 + cos2z) = 0 < cos2z(sin2z + cos2z +1) = 0

cos2x =0

sin2x 4+ cos2x = —1

+COSQ$:0<:>:L’:E+I€E
4 2

7r T g=-—"tkn
+sin2z 4+ cos2z = -1 & sin(2r +—) =sin(——) < 4

4 4 m
Tr = §+ kﬂ'

Vay,phwong trinh cé nghiém: z = % + kg

11) 4(sin® z + cos” z) + 3 sin 4z = 2

& 4(sin® z + cos® ) — 2sin® z cos? ] + J3sindz =2

BE HQC VO BO - CHUYEN CAN SE PEN BEN
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& 4(1—%51112 2x)+\/§sin4x =2 & cosdz +/3sindz = —2

. 1.
12) 1+ sin® 2z + cos® 2z = Esm 4z

< 2 —sindx + 2(sin 2z + cos2z)(1 — sin 2z cos 2z) = 0
< (2 —sindx) + (sin 2z 4 cos 2z)(2 —sindz) = 0

& (2 —sindz)(sin2z 4 cos2z +1) = 0 < sin2z 4 cos2z = —1

\/5 mz—%—i—/ﬁr

< sin(2z +£) =—— &
4 2 mzz-i-k’ﬂ'
2
13) tanz — 3cotz = 4(sinz + V3 cosz) (¥) Dbitukién: sin2z2 = 0 < 1 = kg
" < ST g 08T 4(sinz + V3 cos z)

cosx sinz
& sin® 2 — 3cos? 2 — 4sinz cos z(sinz + V3 cosz) = 0
@(sinz—\/gcosx)(sinx—% 3cosz)—4sinzcosz(sinz + V3 cosz) =0
& (sinz + 3cos1:)(sin1:—\/gcosx—élsinxcosx):0

sinz ++vV3cosz =0

<~
sina:—\/gcosw—élsinwcosw =0
+sinx + 3cosm:0<:)tanm:—\/§<:>m=—g+k7r

+sinz —V3cosx —4sinzcosr =0 < 2sin2x = sinx — V3 cosz

1 3 - x:—z+k27r

< sin2z = —sinz ——cosz < sin2z = sin(z ——) < 3
2 2 3 4T 2w
r=—+k—
9 3

4 2
Vay,phuong trinh cé nghiém la: z = —g + km; x = ?ﬂ + k?ﬂ

14) sin® z + cos® z = sinz — cos 7 <> sin 2(sin® z — 1) + cos® z + cosz = 0

BE HQC VO BO - CHUYEN CAN SE PEN BEN Page 7
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& —sinzcos? z + cos® x4 cosz =0 < cosz(—sinzcosz 4+ cos’z+1) =0

cosr =0
~ . 9
—sinxcosx +cos” = —1

+cosx:0<:>x:§+k7r

. 1. 1 2 .
+—sinzcosz+cos’z = —1 & —§s1n2x +¥ =—1 & sin2z — cos 2z = 3,(vn)

Vay,phuong trinh c6 nghiém la: z = g—i- km,k e Z

L

15) cos'z + sin4(a: —1—%) == & —(1+cos 293)2 + i[l — cos(2z + g)F =1

L
4

N

& (14 cos2z)? + (14 sin2z)> =1 < sin2z + cos2z = —1

m=£+k27r
2

& cos(2z fz) = cos3—7r &
4 4 x = —1-‘1-/{271'
4

16) 4sin® 2 cos 3z + 4 cos® zsin 3z + 3\/5 cosdxr =3
& 4sin® z(4cos® 2 — 3cosz) + 4 cos® z(3sinz — 4sin® z) + 3v3 cosdz = 3
& —12sin® zcosz + 12cos” wsinz + 3\/§COS4$ =3
& 4sinz cos z(cos” & — sin” ) + V3 cos 4z = 1

& QSin2xc052$+\/§cos4:r =1« sin4x+\/§cos4x =1

5 g=—— kT
1 3 1 . . YD)
«t>—sin4:z:+—cos4::::—«:>s1n(4:z:+£):smZ & 24 2 ke
2 3 6 T
r=—+k—
8 2
HT 4.Giai phwong trinh:
. . 3 . .
1) cos* z + sin® z + cos(z — %) sin(3z — %) 5= 0 2) 5sinz —2 = 3(1 —sinz)tan® 2
L 2(9 _ 2
3) 2sin3z ——— =2cos 3z + 4) CO&I(%IHI+3\E) 2eos” @ 1:1
sinz CcoST 14 sin2zx
3 . . .3 1 .
5) cosxcos%cos;mf smxsmgsmg = 5 6) 4cos® z + 3\/§sm2x =8cosz

BE HQC VO BO - CHUYEN CAN SE PEN BEN Page 8
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7) cos(2z +§) + cos(2x 72) +4sinz =2 +\/§(1 —sinz) 8) 3cot’z + W2 sin? z = 2+ 3\/5) cos &

2 s2 g .
9) 4¢in” 2z + 6sin" s — 9 3C052I:O 10) cosz + cos3x +2cosbx =0

COS T

8

. 17 .5 .
11) sin® z 4 cos® z = ECOSQ 2z 12) sm?x = 5cos’ a:smg

13) sin2z(cot z + tan2z) = 4 cos® = 14) tan®(z — g) =tanz —1

-4 4
15) sin” 2z + cos” 2z — cost 4z 16) 48 —

tan(% —z)tan(> + z) cos”z  sin“z

1

(1+ cot2z cotz) =0

17) sin® z + cos® z = 2(sin'® z + cos'? z) + %COS 2z

http://www.Luuhuythuong.blogspot.com

Bai giai

1) cos? z + sin* 2 + cos(z —Z) sin(3z —Z) —% =0

& (sin? z + cos® 7)? — 2sin® zcos® z +%[Sin(4x —g) + sin 2z] _3_ 0
< 1—181112 2z +l(—cos4a:+sin2x)—§: 0
2 2 2
= fisin2 2%*1(14281112 2x)+lsin2x—l =0
2 2 2 2
& sin® 20 +sin2z =2 =0 & sin2r =1 & x:£+k7r

2) 5sinz — 2 = 3(1 —sinz) tan’ z (D

o TR T
biéu kién: cosz = 0 < ¢5+k7r

.2 .2
(1) & 5sinz —2 = 31— sinz) 2~ & 5sinz —2 = 3(1 — sing) ——
cos” x 1—sin’z
3sin’ z . 9 . . 1
< hsing —2=—— & 28in“z+3sinz—2=0 & sinx =—
1+sinz 2

BE HQC VO BO - CHUYEN CAN SE PEN BEN Page 9
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x :%+k27r
=
x :5—7T+k27r
6
3) 2sin3z ——— = 2cos 3z + ™
sinz COS T

biéu kién: sin2z = 0 & z = k%

1 1
+

sinx cosz

(*) & 2(sin 3z — cos 3z) =

1
+

& 2[3(sin z + cos z) — 4(sin® 2 + cos® 2] = —
sinz  cosz

& 2sinz 4 cosz)[3 — 4(sin2 T —sinzcosz + cos? )= SIN & + COS X

sinz cosx
<:>2(sin1’+cosx)(71+4sinxcosx)fw:0
sin z cos x
. . 1
& (sinz + cosz)(—2 + 8sinzcosx ——) =0
sin z cos
& (sinz + cosz)(4sin 2z — — -2)=0
sin 2z
& (sinz + cos z)(4sin? 2z — 2sin 2z —2) = 0
T=x—4+knm
sinz +cosz =0 tan e = -1 ™
& 9 & | sin2r=1 &lz=—-——+kn
4sin” 2x —2sin2x —2 =10 . 12
sin2x =—1/2 T
rT=—+k
12
s (25 2)—2cos’  — 1
4 cos x( 51nz+3f) cosw—1 *)

1+ sin2z

biéukién: sin2z = -1 & z = —ZJrkw
* < 2SiH£ECOS£E+3\/5COS£E—2COSQ£E—1: 1+ sin 2z

2
<:>QCOSQ$*3\/5COS$+2:O ¢>cos:r:7 @x:i§+k7r

Doi chiéu diéu kién phwong trinh c6 nghiém: z = % +km k€

BE HQC VO BO - CHUYEN CAN SE PEN BEN Page 10
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T 3z . .. 3z 1
5) cos x cos—cos— —sin rsin —sin— = —
2 2 2 2

1 1 1
& 3 cos z(cos 2z + cos x) + Esin z(cos2x — cosz) = 5

& €O8 2082 + cos” T 4 sinz cos 2z — sinz cos z = 1
& cos2a(sinz + cosz) + 1 —sin z —sinzcosz —1 =0
< cos2z(sinz + cosx) — sinz(sinz + cosz) = 0

< (sinz + cosz)(cos2x —sinz) = 0

& (sinz + cosz)(—2sin® z —sinz +1) = 0

sinz +cosz =0

2sin2x+sinx—1: 0

T
r=——+kr
tanz = —1 4
S| sinzg=-1 & w:—£+k27r
sinz=1/2
mz%—l—k?w\/w:%—i—lﬁw

6) 4cos3m+3\/gsin2x =8cosz & 4COS?’Q:+6\/§sinmcosm—8cosm =0

& 2cosm(20052w—|—3\/§sinw—4) =0 & 2cosm(2sin2m—3\/§sinm+2) =0

T
T =—+km
cosx =0 2
& 9 = m=£+k27r
sinw:? 34
xzf—i—k?w

7) cos(2a +§) + cos(2z —Z) +4sing =2 +~2(1 —sinz)

& 20052xc05%+4sin$—2—\/E—i—\/;sinx =0

@\/5(1—2sin2m)+4sina:—2—\/5+\/§sina::0

@2\/55111233—(44—\/5)51113:4—2:0

1 I:£+k2ﬂ'
Ssine =— & 56
2 xz%ﬁ-kﬁw

BE HQC VO BO - CHUYEN CAN SE PEN BEN Page 11
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8) 3c0t2w+2\/§sin2m:(2—&—3\/5)(:05110 (D)
Diéu kién: sinz = 0< z=kr
2
(1) & 3552 4 oo = (24 342) 222
sin” sin® z
="
bat: t = st phwong trinh tré thanh: 362 — (2 + 3\/5)154—2\/5 =0s 9
sin® x t=—
3
2 cosx 2 9 2
tt=—:——=— & 3cosz =2(1—cos”"z) < 2cos"z+3cosz—2=0
3 sinz

@cosx:% <:>x:j:§+k27r

tt=~2: T _h @cosz:\/g(l—cos?x) & 2COSZ$+COSJ)—\/§=0

sin” x

<:>cosav:72 <:>a§=:|:§+k2ﬂ'

Vay,phwong trinh c6 nghiém: z = :t% + k27 x = i% + k27

g2 Gn2 .. g _ .
9) 48in“ 2z +6sin“x —9 30052x:0 ©

COS T

w1 ™
biéu kién: cosz =0 < :ﬁEJrkw

* < 4(1—cos2 2x) 4+ 3(1—cos2z) —9—3cosz =0 < 4cos? 2z +6cosz+2=0

cos2zx = —1 1::14—]4:77
= 1 <
COS2$:_§ :r::l:%—l—kw

Vay,phuong trinh c6 nghiém: z = i% + km

10) cosz + cos3z +2cosb5z =0 & (cosbz + cosx) + (cos bz + cos 3z) = 0

& 2cos3zcos2z +2cosdzcosz =0
& (4cos & — 3cos z) cos 2z + (2cos” 2z — 1) cos T = 0
& cosaf(4cos’ z — 3)cos 2z +2cos® 2z — 1] = 0

& cos z{[2(1 + cos 2z) — 3] cos 2z + 2cos® 2z — 1} = 0

BE HQC VO BO - CHUYEN CAN SE PEN BEN Page 12
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& cos z(4cos® 2z — cos2z —1) = 0

T
cosz =0 IZEJFIW
& |cosx = 1_;/; & ac::I:arccos1 ! + k27
1 1 1 7
cosT = +8\/77 x = *arccos + k27

8

. 17
11) sin® z 4 cos® z = ECOSQ 2z (%)

sin® z + cos® z = (sin? z + cos? 2)? — 2sin? zcos? &

2

. . 1.
= [(sin® z + cos® ) — 2sin® zcos® )2 — gsm4 2x

=(1- % sin? 2z)? — %sin4 2z =1—sin’ 2z + % sin? 2z

(*) < 16(1 — sin? 2z + ésin4 92z) = 17(1 —sin® 22) < 2sin’ 2z +sin 22 —1=0

@sin22$:% & 1-2sin’22 =0 < cosdr =0 @m:%—i—k%

12) sin% = 5cos’ a:sing ™

Ta thay: cosg =0 z=7m+k27 & cosz =—1
Thay vao phwong trinh (*) ta dwoc:

sin(%” + 5km) = — sin(g + k) khong théa man véi moi k
Do dé cosg khong la nghiém cua phwong trinh nén:

1
M e sin%rcosE = 5cos’ a:singcosg & E(Sin 3z + sin2z) = éCos?’

= 3sinx—4sin3x+25inxcosxf5cossxsinx =0
& sinz(3—4sin? 2 4+ 2cosz — Heos® z) = 0

& sinz(5eos z —4cos? z —2cosz+1) =0

rsinz

BE HQC VO BO - CHUYEN CAN SE PEN BEN
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GV. Luu Huy Thuéng
sinz =0 T =kmw
cosz =1 = k27
= |cosz = _1+—\/ﬁ =z = j:arccos_1+—\/£+k27r
10\/_ 10\/_
—1—-+/21 —1—-+/21
cosy = ——— x = tarccos + k27
10 10
A . , A —14++21
Vay,phuong trinh cé nghiém: =z = k27,2 = +arccos + k27

V21

.
T = farccos——— + k27
10

13) sin2z(cot z + tan2z) = 4 cos’ z (1)

. = kmw
sinz = 0 z

biéu kién: &
e s ™
cos2z = 0 T —4 k=
4 2
cost | sin2x  cos2zcosz +sin2rsinz CcoS ¥

sinx  cos2zx sin x cos 2z sin r cos 2z

Tacé: cotx + tan2z =

coszx 9

(1) & 2sinzcosz =4cos” x

sin z cos 2z

2

cos” x 2

= 2cos” z < cos” z(1 —2cos2z) = 0
cos 2z
i
cosz =0 x =k
<~ =
cos2z=1/2 ZB::l:%—I—kﬂ'

Vay,phwong trinh c6 nghiém: z = g +km,x = j:% + kT

*\/ﬂ 5%

Vay,phwong trinh cé nghiém: z = k%r, T = :tiarccos 1 + k;

14) tan® (x— %) =tanz —1 (1)

cosz =0 QJIE—I—/ﬂﬂ'
2

biéu kién: T 5
cos(xfz)ytO R Ly -

1\
(l)éwztanx—l (:)(tanz—l)g :(tanx—l)(1+tanx)3

1+ tanz)>
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& (tanz — D[+ tanz)® — (tanz —1)*] = 0 & (tanz —1)(tan® z 4+ 2 tan® 2 + 5 tan z) = 0
& tanz(tanz — 1) (tan” z + 2tanz + 5) = 0
tanz =0 T = km
=
tanz =1 == +kr
C2:bat: t = z—Z
4
.4 4
15) sin” 2z 4 cos™ 2x — cost 4z 1)
™ T
tan(— —z)tan(— + =z
(&~ aytan( + )
sin(1 — ) cos(1 —z)=0 sin(1 —22)=0
Diéu kién: 4 4 & 4 & cos2z = 0
sin(E + 1) cos(1 +2)=0 sin(1 +22)=0
4 4 4
tan(zf :L’)tan(er z) = 1-tans . Lftanz 1
4 4 l+tanz 1—tanz
(1) & sin? 2z + cos? 22 = cos* 4z = 1-2 sin® 2z cos® 2z = cos? 4z
<1 *%SiHQ 4z = cos® 4z <1 f%(l — cos? 4z) = cos™* 4z
& 2costdr —cos?dz—1=0 < cos’dz =1
Sl-cos?dr =0 ©sindz=0 & z=ko
Vay,phwong trinh cé nghiém: z = kg
1
16) 48 — - (14 cot2zcotz) =0 ™
cos T sin“z
Diéu kién: sin2z = 0 < 2 = k%
Tacé: 14 cot 2z ot — 1 4+ C(.)SQZL’C.OSJT _ COSQ:L’SI.IIZL’ + sin 2z sin
sin 2z sin sin 2z cos x
_ cos T 1
2sin’ zcosz 2sin’ z
(*) < 48 — L 1 =0 <48 = 1 + L
costz  sintz costz sintz
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4

. . . 1.
<:>488m4:vcos4fv:sm4fv+cos T @351n42x:1—551n2 2x

@65in42m+sin22m—2:0 @sin22x:% @1—28in22m:0
& cosdxr =0 @xzz—i—kz
8 4

Vay,phwong trinh c6 nghiém: z = % + k%

1 0

. )
17) sin® 2 + cos® z = 2(sin'® 2 + cos'® z) + Zcos 2z

. )
& sin® 2(1 — 2sin? ) — cos® z(2cos® z —1) = ZCOS 2z

. 5
& sin® 7 cos 22 — cos® 7 cos 27 = ZCOS 2x

& 4cos2z(cos® z —sin® ) + 5cos2z = 0
& 4cos2z(cos* z —sin? ) (cos* z + sin® z) + 5 cos 2z = 0

2

& 4 cos2x(cos® z — sin® ) (cos® z + sin® z)(cos? z + sin z) + 5cos2z = 0

1
& 4cos2z(cos® x — sin? z)(1 — 3 sin? 22) + 5cos 2z = 0
1. .
& 4cos? 2a(1 — 5 sin? 22) + 5cos2z =0 < 4cos 22(4 cos 2z — 2 cos 2z sin? 2z +5) = 0

& 4 cos 224 cos 2z — 2 cos 2z(1 — cos® 2z) + 5] = 0

& 4cos2(2¢08% 22+ 2c0822 +5) = 0 < cos22 =0 < & zg—i—kg

HT 5.Giai cic phwong trinh sau:

-4 4
1) W:l(tanx-&-cotm) 2) 1+ sin—sinz — cos—sin 7 = 2cos? |~ — =
sin 2z 2 2 2 4 2

3) sin(2z + 1777r) 416 = 24/3.5 inz cos  + 20sin> (g + %)

4) sinx + sin? z + sin® z + sin® # = cos z + cos® z + cos® z + cos? =

5) 2\/5005 5—7T—:v sinz =1 6) — sin 2 + ! = 2cosx
12 sinz 4 cosz \/E.tanm
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L . 1 :
7) cos’z 4 sin zsin 4z — sin” 4z = 1 8) 2cosdz — (\/5 —2)cos2z =sin2z + J3

9) 1+ sinz — cosz — sin 2z 4 cos 2z = 0 10) sinmcosZz—&—coszx(tanzz—l +2sin®z =0

http://www.Luuhuythuong.blogspot.com

Bai giai

. 4 4
1) M IHO T Lians 4 cota) (1
sin 2z 2

Diéu kién: sin2z = 0
1

1) & =—
@ sin 2z 2

1

sin 2z sin 2x

sinx cosx

1- Lsin2 oz 1-Lsin2 oz
2 [ ] -2

: o1-tanor =1 ©sin2r=0
cosxr sSinzx 2

Vay phwong trinh da cho v6 nghiém.

2) 1+ sin—sinz — cos—sin’ 7 = 2cos® | = — = 1)
2 2 4
(1)<:>1+sin§sinm—cos§sin2:v:1+cos[g—m]:1+sinm
@sinz[sing—cosgsinx—l]:0<:>sinz[sini—cosz.Qsinzcosf—1 =0

o sinz|sins —1|[2sin2 L + 2sinZ +1
2 2 2

=0 < sing = O,Sing: 1,25in2§+2sin§+1: 0

T = kmw
S o=k

<:>I:k71',£:£+k2ﬂ'<:>
2 2 T =m+kdm

3) sin(2z +1777T) +16 = 23.sinzcosx + 20sin2(§ +£)

Bién d6i phuwong trinh d6 cho twong dwong véi

cos2z — /3 sin 2z + 10cos(z + %) +6=0 < cos(2z + %) + 5cos(z + %) +3=0
& 2c0s?(z + %) + 5eos(z + %) +2 =0 .Giai dwoc cos(z + %) = —% va cos(z —1—%) =—2 (loai)

1
*Giai cos(z + %) =3 dwoc nghiém z = g +k2mva z = _5% + k27

4) sinx + sin z + sin® z + sin? 2 = cosz + cos® z + cos® z + cos* x
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sinx + sin® z + sin® 2 + sin4 T =cosT + cos® z + cos® z + cos4 T

sinx + sin® z + sin® 2 + sin4 T =cosT + cos® z + cos® z + cos4 T

sinz — cosz = 0
& (sinz — cosz). [2 + 2(sin x 4 cosz) + sin m.cosm] =0«

2+ 2(sinz + cosz) + sinz.cosz = 0
+V6isinz —coszt =0 &z :§+k7r (ke 2)

+V&i 2+ 2(sinx + cosz) + sinz.cosz = 0, datt= sinz + cosz  (t € [—\/5;\/5})

T =7T+m2w

t =
du’(_)'cpt:t2+4t:3:0<:)\ L t=-1=

meZ
t = —3(loas) T = 75 + m27r( )

Vay : ng—l—lm,a::7r+m27r,x:—g+m27r(m€Z,k€Z)

5) 2\/5005[2—;—:v]sin:v =1

sin 2x—5—ﬂ- +sin5—ﬂ- =1
12 12

2\/5005[?—7;—x]sinx =1 \/5

. T . 5 LT . om
=g8in— < sin|2z — —| =sin— —sin— =
4 12 4 12

. 57 Y
& sin| 20 — — |+ sin— =
12

1
12

T . ™ . T
=2cos—sin|—— | =sin|——
3 [ 12] [ 12]

5 7r 2m—5l:—l+k2w =2 tkn
& sin |22 ——] = si [——] éQ 1312 & g (k € 2)
12 e ="t kn
12 12
6) — sin 2z + ’ = 2cosz
SInT + cosx \/E.tan:v
biéu kién: sinzx = 0, cosz = 0,sinz + cosz = 0.
Pt da cho trévthanh 3% 4 ZSINTCOST o g

2sing sinz 4 cosz

Ccos T 2cos’ ¥

@ - .
V2sing sinz+cosz

=0& cosm[sin(m +§) - sin2m] =0

+) cosx:O@x:g+k7r, keZ.
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7r 2m:m+£—|—m27r m=£+m27r T ton
+) sin2z = sin(z +—) < 4 & 4 mnelsSr=—+—, tel
T T n2 4 3
20 =m—x——+n2w r=—4 =
4 4 3
N 1w a1 A . ‘A 5 R us ™ 127
Doi chiéu diéu kién ta c6 nghiém chaptla:z = Y +kr; x=— +?, k, teZ
2 . . . 9 1
7) cos“z + sin z sin 4z — sin 43322
pt da cho twong dwong véi pt:
1 1 1 1
= (14 cos2z) + =(cos 3z — cosbz) — = (1 — cos 8x) = =
2 2 2 4
1 1 1
& cos 3z cosbr + —cos3r ——|cosbr +—|=0
2 2 2
1 2 2
1 1 cosdr +—=0 r=+C 4kt
@[Cos5a:+—][cos3x——]:0<:> % & 15 9 5
2 2 cos3r—= =0 |r=dl ko
2 9 3

8) 2cos4x—(\/§—2)cos2x = sin2z + 3

< 2(cos4x + cos2z) = (cos2z + 1) + sin 2z

) ) cosz =0
& 4 cos 3z.cos x=2\/§cos T+ 2sinzcosz & )
2cos3x = \/gcos:c+smx

+ cosx:0©x=§+k7r

s T
3r=2x——+ k27 T =——+km
+2cos3r=\3 cosz + sinz < cos3x = cos[m—z] & 6 & 12
6 T T  kr
3r=——z+ k27 rT=—+4+—
6 24 2

9) 1+ sinz — cosz — sin 2z + cos2x = 0

& (1—sin2z) + (sinz — cosz) + (cos® z —sin z) = 0

& (sinz — cos m)[(sinm —cosz)+1—(sinz + cos m)] =0

< ((sinz — cosz)(1 —2cosz) =0

tanz =1 x:ZJrk.ﬂ-
& 1 & 4 (k.1 € Z) (k] €2).
cosT=9 :l;::l:ngl.ﬂ
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10) sin z cos2z + cos’ m(tan2 T — 1) +2sin®z =0
biéu kién cosz = 0

sinzcos?x+cos2x(tan2x—1 +2sin3x =0

& sinm(1—2sin2 :E)+251n2m—1+251n3m =0

x:fz+k27r
sinx = —1 7r2
& 2sin’z+sing—1=0s 1 ©lr=—+kmr
sinxz; 6
a::%r—i—k%'

Két hop diéu kién, phwong trinh cé nghiém S = {% + k27r;5% + k2ﬂ'}

HT 6.Giai caic phwong trinh sau:

1
1) V2.cos20 = —+ 1) 2) 2cos 3z.cos 1’+\/§(1 + sin 22)=243 cos?(2z + 1)
ST COS ™ 4
1 2sinz —
3) cos:v+cos3x:1+\/551n 27+~ 4) :f(81nx CoS )
4 tan z + cot2x cotx—1

4\/§sinxc052x—2cos5—xcos£+ 3sin2r + 3cosz + 2
5) 22 =0()

2sin1’f\/§

6) 2Sin2x+\/§sin[2x+§]+5sinm—3cosm =3

7) (tanz + 1)sin® z + cos2z +2 = 3(cosz + sinz)sinz.  8) \/Esin[Qx—F%]: 3sinz + cosz + 2

(1+sinx)(57231nx) 1 )
9) 3 10) tan2z —tanz = g(sm 4 + sin 22)(1)

(2 sinz + 3) CcoS
http://www.Luuhuythuong.blogspot.com
Bai giai
1) V2.cos22 = — + (1) biéu kién: z = o
sinx cosz 2

1) e 2.cos2x7w: 0

sin z.cosx

BE HQC VO BO - CHUYEN CAN SE PEN BEN Page 20




GV. Luvu Huy Thuéng 0968.393.899

& g(cosx —sinz)(cosz + sinz)sin2z — (cosz +sinz) = 0

< (cosz + sinm)[(cosm— sin z)sin 2z —\/5} =0

. T
cosz +sinz =0 \/Esm r+—|=0

=
(cos x — sin z) sin 2z —V2=0

(cosx—sin:r)(l—(cosa:—sinx)Q)—\/E =0

sin[z+£] =0
4

(cosz —sinz)? *(COSI*SiHI)‘F\/E =0

bS: a::%—i—lm, keZ
2) 2cos 3x.cos a:+\/§(1 + sin 2x)=2\/§ cos?(2z + g)

PT & cos4x+0052x+\/§(1 +sin2z) = J3 [1 + cos(4x+ g) & cosda+3 sin 4z + cos 22-+/3 sin 2z = 0

T ™ T =k
< sin(4z +—) +sin(2z + —) = 0 < 2sin(3z + —).cos =0 < 18 3
6 6 6 o
r=—+km
2
Vay PT c6 hai nghiém s="tkrva z=-2 k2.
2 18 3

3) cosz +cos3z = 1+\/5sin

2fv+Z
4

& 2cos2zcost =1+ sin2z + cos2z < cos2z(2cosx —1) =1+ 2sinzcosz

cosz +sinz =0 1
& (cos® & —sin® z)(2cosz — 1) = (cosz + sinz)’ & M

(cosz —sinz)(2cosz —1) = cosz +sinz  (2)

(1)@\/55111[24-%]:0@m—&-%zkw@m:—%—&-kw

cosz =0 =" 4k
2) < 2cosx(cosx —sinz—1) =0 < &
@) ( ) \/Ecos x+§:1

Vay pt c6 nghiém la m:—g—i—kw, a::g—i—lmr, T = k27
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1 1 _ \/E(Sin T —COST)
tan x + cot2x cotrz —1

sinx.cosz = 0

Diéu kién : sinx.cosx
cotx =1

Phwong trinh da cho twong dwong véi phwong trinh:

1 \/5 (sin T — Ccos :z:)

sinx  cos2z cosx —sinx

cosx  sin2z sinx

cosx.sin2x \/E(sin T —cosz)sinz

CcoST cosx —sinz
\/5 :E:—S—W—I—k%'
&cosr=—— & 34 (ke 2)
2 x:%—l—kﬁﬂ'

Doi chiéu diéu kién ta dwgc nghiém ctia phwong trinh la: z = ?ij +k2m, (ke Z)

4\/§sinxc052x—2cos5—xcos£+ 3sin2zx + 3cosz + 2
5) 22 =0(1)

2sinxf\/§

w1 n . 3
biéu kién: sinz = g

2\/§sin2xcosxfcos3x—0032x+\/§sin2x+3cosx+2 =0
& 3sin2m(2cosm+1)—(cos3m—cosm)—(cosQac—l)+2cosm+1 =0

& \/gsinlr(2cosx+1)+4cosx.sin2 31:+2sin2 r+2cosx+1=0
& 3sin2x(2cosm+l)+281n2 fv(2cosac+1)+(2cosm+1) =0
& (2C0sz+1)(\/§sin21‘+2sin2 1:+1) =0« (200s1:—|—1)(\/§sin2z—cos2x—|—2) =0

-1 2
2cosz+1=0 COSQB:? T =+—+2kn
& 3 (keZ)

< V3sin2r —cos2z +2 = 0® ™ 1 —T
+ cos 237—1—5 =3 x=kmr=—+knr
3

e LN ara 1A in , . N —2 —
Doi chiéu diéu kién ta dwgc nghiém cia phwong trinh la: z = kmyx = TT + k2m oz = ?ﬁ + k2n(k € Z)

6) 25in 2z + V2 sin 4 5sinz—3cosz = 3 (1)

21:—}—E
4
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(1) & 2sin2z + sin 2z + cos2z + 5sinz — 3cosz = 3

& 6sinzcosz —3cosz — (2sin® z — 5sinz +2) = 0
< 3cosz(2sinz —1)— (2sinz —1)(sinz —2) = 0

< (2sinz —1)(3cosz —sinz +2) =0

. 1 .
<:>s1na::5,sm:vf3cosx:2
+ sinxzé@x:%+k2w,x:%+k2w;kGZ

+ k27

. . 2 1 .
sinx —3cosz =2 & sin(zr — a) = —,(cosa = —=) & z = «a + arcsin

Nt V1o

+k2mkEZ

2
V10

T = T+ a —arcsin

2
Jio

Vay pt c6 4 ho nghiém :

T :£+k2ﬂ',x :5%—&—143277@ = oz—|—arcsini+k27r,7r—|—oz—arcsin + k2mk e Z

2
V1o V1o

7) (tanz + 1)sin® z + cos 2z + 2 = 3(cos z + sin z)sin z.
Diéu kién: cosz = 0, hay z = g + k.

Khi dé phwong trinh da cho twong dwong véi

22 4+2=3(cosz+sinz)sinz < (tanz —1)sin’® z + 3 = 3(cosz — sinz)sin z + 6sin’ z

(tanz +1)sin® z + 1 — 2sin
& (tanz —1)sin® z + 3 cos 2z = 3(cos z — sin z)sin z
& (tanz —1)sin® 2 + 3(cos 2 — sinz) cos = 0

& (sinz — cosz)(sin? z — 3cos? z) = 0 & (sinz — cosz)(2cos2z +1) = 0

sinz =cosz |p=21 4+ kr
& 1 e
cosgr = T T = :t%—Fkﬂ', k €@

Doi chiéu diéu kién ta c6 nghiém z = % +km, x = j:% +kn, ke Z

8) \/5 sin

= 3sinx 4+ cosx + 2

21:—}—E
4

& sin2x + cos2x = 3sinx 4+ cosx + 2
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& QSinxcostchosQ:z?fl: 3sinx + cosx + 2

& SiHI(2COSI*3)+2COS2I*COSI*g =0

& sinm(2cosm—3)—&—(605:5—&—1)(2(:05:10—3) =0e (2cosm—3)(sinm+cosm+l) =0

. . . ™ 1
& sinc+coszx+1=0<sine+coser =—1& sm[m—i—z]:——

V2

s
T+—=——+k2n T
s 44 L kez)e |TT T TRT ke )
m+£:f+k27r =7+ k27

(1+sinx)(572sinx) B
%) (ZSina:—i—?))cosx _\/g

cosx¢0<:>:v¢§+k7r,k€z

1+si 5 —2si
( smas)( Sln$):\/§@5+3sina¢—281n2x=\/gsin2$+3\/§COS$©

+2=0

(2sinx+3)cos:v
(COSQI—\/gsian)—&—3(sinx—\/§cosz)—|—4:0@cos[2x+§]—3cos[z+%
- a::—£+k27r
cos x—i—g =1 6
& 2cos? a:—l—E —3cos a:—i—E +1=0% & l‘=£+k2ﬂ' kel
6 6 T 1 6
cos|r+—|=— T
6 2 x275+k27r

Da6i chi€u diéu kién ta ¢6 cdc nghiém z = :I:% +k2m ke

10) tan2z —tanz = %(sin 42 + sin 2x)(1)

iy mm
cos2z = 0 Tt =
& 4 2 mez

™
r=—+mm

biéu kién:
cosz = 0

(1) & 6sinz = cos 2z cos z(sin 4z + sin 2z)

& 6sinz = cos x cos 2z(4 sin z cos z cos 2z + 2s8in z cos x)
& sinz(4 cos? zcos’ 2z + 2 cos® z cos 2z — 6)=0

& sinz|(2 cos? 2z(1 + cos2z) + cos2z(1 + cos2z) — 6| =0
& sin (2 cos® 2z + 3 cos® 2z + cos 2z — 6) = 0

& sinz(cos2z —1)(2cos® 22 + 5cos 2z + 6) = 0
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sinz =0
& |cos2z =1 Sz =kn(tm)k € Z
2cos? 2z + 5cos 2z + 6 = O(VN)
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HT 7.Giai cac phwong trinh sau:

1) 2(sinz — cosz) + sin 3z + cos 3z = 3\/5(2 + sin 27)
2) 4sin’ g —3cos20 =1+2 cos?(z — %W)

1 \/5 (cos T —sin :v)

3) 3cot2x+2\/§sin2z:(2+3\/5)cosx 4) =
tanz + cot 2z cotz —1
\/’ . . 1+ sin2z — cos2z . 2
5) 2++/3 (sm 2z — 3sin :E) = cos2z + 3cosz 6) = cos z(sin 2z + 2 cos” z)
1+ tan’ z
1
7) tan2m+(l+tan2 :E)(2—3sinx)—1: 0 8) cos[:v—%]—i—cos[m—i—g] :§cos2ac—1

3.9
9) cos2z +5 = 2\/5(2 —cosz)sin(z _E) 10) w = 2(1 + sinx).
4 sin + cos

http://www.Luuhuythuong.blogspot.com

Bai giai
1) 2(sinz — cos ) + sin 3z + cos 3z = 3\/5(2 + sin 27)
=3 2(sin:v—cos:v)+351n:v—4sin3:v—|—4cos?’m—3(:osm:3\/5(2—1—51112:10)
< 5(sinz — cosx) — 4(sinz — cosz)(1 + sinz cos z) = 3\/5(2+sin2m)
& (sinz —cosz)(1 —4sinz cosx) = 3\/5(2 +sin2z) (1)
+Pat t =sinz — cosz —\/5 §t§\/§ thi 2 = 1— sin2z
+ (1) tré thanh ¢ [1 4o — 1)] N
e 2 +322 —t— 92 =0
& (t-V2)22 + 52t +9) =0 s t=2
+ sing—cosz =2 & sin(xfg):léx:IkaQw

3

2) 4sin’ g —\f3c0s2z = 1+ 2 cos? (x— I)

Ta c6: 4sin’ % — 3082z =1+ 2cos? (x— %T) < 2(1—cosz)— V3cos2z =1+1+ cos(2z — %T)

< 2(1—cosz) — V30522 = 2 — sin 2z © V3cos2z — sin 2z = —2cosz

BE HQC VO BO - CHUYEN CAN SE PEN BEN Page 26




0968.393.899

GV. Luvu Huy Thwéng
3 1. s
& — 082z ——sin2x = —cos T < cos(2x +E) = cos(m —x)
2m+£=7r—a:+k27r m:5—w+k2—ﬂ-
N 6 & 187 3 kez
™

2m+%=m—7r+k27r m:—?—i—k%r

3) 3cot’ z +2V2sin?z = 2+ 3\/§)cosz

Diéukién: z = kr

3cosa:[ €8t —\/5] = 2(cosa:—\/§sin2 x)

sin“ ¢

\/5c0s213+c0sx—\/§:0

= (cos:v—\/gsin2m)(3cosw—2sin2w):0 = )
2cos“z+3cosz—2=10

2
& cosz = -2 (loai);cosz = %;cosx = —2 (loai);cosx = 3

a:::i:g—i—k%' &a:z:i:%—i—k%‘

1 \/5 (cos z — sin m)
4) =
tanz 4 cot 2z cotz —1
w .. |cosz.sin2z.sin a:.(tan z + cot, Zx) =0
biéu kién:
cotz =1
\/5 cosT —sinx i
T (1) ta cé: — 1 = ( )®Cosx'51n2$:\/§sinx @28inx.cosa:=\/58ina:
sinz  cos2z cosz CoS T
cosz  sin2z sin x
9 g =" + k27
& cosr =—& 4 (keZ)
2 r=—T k2
4
Giao véi diéu kién, ta dwoc ho nghiém ctia phwong trinh da chola z = —% + k2w (k € Z)

5) 2+\/§(sin2x—3sinx) = cos2z + 3cosx

Phwong trinh da cho twong dwong véi:

—3sin[x+3]: 0
6

1+£.sin2x100821’3[73sinx+%cosx] =0« 1-—cos 21:+%
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& 2sin? :10—1—E — 3sin :v—i—z =0 & sin :v—i—z = (;sin :v—i—z :§ (loai)
6 6 6 6 2

Vi sin[m—&—%]:Oéa@:—%—l—kw,keZ.

7) LEBIN2T ZCOS2T o (sin 2z + 2 cos? 7)

1+ tan’ x

Diéu kién: cosx # 0.
Bién d6i PT vé:
cos2x(1 + sin2x - c0s2x) = cos%x (2sinx + 2cosx)

< 1 + sin2x - cos2x = 2(sinx + cosx) ( vicosx # 0)
< (sinx + cosx)? - (cos2x - sinx) — 2(sinx + cosx) = 0
< (sinx + cosx)[sinx + cosx — (cosx — sinx) - 2] =0

& (sinx + cosx)(2sinx - 2) = 0 < sinx + cosx = 0 hoac 2sinx -2 =0

& tanx = - 1 hodc sinx = 1 (khong théa cosx = 0) & x = —E +km,(keZ)
8) tan® z + (1 + tan? I)(Q — 3sin1‘) —-1=0

Dbiéukién cosz = 0

2
s a1 . 1—t
Phwong trinh viétlai 2 — 3sinz = i N

1+tan2 T

& 2-3sinz = cos2z < 2sin°z — 3sinz +1=0 < sinz = 1 ;sinatz%

So sanh d/k chon sinz = @xz%—i—k%r; atz%—i—k?w (k:eZ)

2
2

-1

9) cos [x - g] + cos

i
T+ —
4

:lcos2x—1 & 2cosx.cos£:l(2c082x—l
3 4 3

& 3\/§cosx:2c052x—4 & 2COSQI—3\/§COSJ)—4:0

\/5 3

& (cosa:—2\/§)( cosa:—i—g):O @cosmz—; & CB::EI—I—QIWT.

10) cos2z +5 = 2\/5(2 —cosz)sin(z — z)
4
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cosz —sinz = —1
Phuwong trinh < (cosx-sinx)? - 4(cosx-sinx) - 5=0 & ] o ]
cosz —sinz =5 (loai vi cosz —sinz < \/5)
™
=—+k2
&= 2sin[x—£] =ls sin[x—z] =sint o |" 2 + 7T(l{: €27)
4 4 4 r=m+ k21

3.2
10) =222 = 9(1 4 sing).
sinx + cosx
DK: sinz +cosz = 0

Khidé PT (:)(l—siHQ z)(cosz—l):2(1—|—sinx)(sinx+cos1:)
<:)(1+sinx)(1+cosx—|—sin1:—|—sin1:.cos1:):0 (:)(1—|—sin1:)(1—|—cos1:)(1—|—sina:):O

sinx = —1 N " . aj:—z+k27r
(thoa man diéu kién) < 2 (k,m € Z)

T =T+ m2r

54

cosx = —1

Vay phuwong trinh da cho cé nghiém la: z = —g + k27 va x = 7+ m27 (k,m € Z)

HT 8.Giai cic phwong trinh sau:

4sin* 2 + 4 cos* (z — z) -1 4sin z.sin(z + g) 4 5v3sing + 3(cosx +2)

1) 4 2) -1
cos2x 1—2cosz

2 . 2 . 9
cos” z.(cosz —1 sinz +cosz) —2sin”z
3) : ( )—2(1+sinx) 4) ( ) —ﬁsin[z—x]—sin[z—iﬁz]
sinz 4 cosz 1+ cot?z 2 4 4
v ™
. sin(z — —) + cos(— — z)
5) — sin 2z + L = 2cosz (1) 6) — (cosz + sin z.tan =) = 6 3
sing +cosz 2. tana cos? 1 2 cos

7) 2cos2z + 23 sinzcosz +1= 3(sinz + V3 cos z)

(1—sinz + V2 cos 2z)sin(z + E)
4

8 = —sinz(cosz +1
) 1+cotz \/5 ( )
2
(sinx + cos x) —2sin’z \/5 T T
) = —/|sin|——x|—sin|—— 3z
1—|—cot2:v 2 4 4

10) sin z cos2z + cos? z (tan2 x — 1) +2sin®z =0

Bai giai
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4sin® z + 4COS4($—E) -1

1) -2
cos2x

DK:cost¢O<:>x¢§+k§(k€Z)

2
(1) < (1—cos2z)* +|1+ cos(2x—g)] —1=2cos2z

& (1—cos2z)? + (14 sin2x)? —1 = 2cos 2z
& 2—2c082x+2sin2x = 2cos2x < 2cos2x —sin2r =1
& 2(cos’z —sin® z) — (cosx+sinx)’ =0

) . cosz +sinz =0 r=—" 4k
< (cosz +sinz)(cosx — 3sinz) = 0 & (keZ)

cosz—3sinz =0 | _ o8k

K&t hgp véi diéu kién phwong trinh da cho c¢é nghiém 13 z = arctan3 + kr (kK € Z)

4sinz.sin(z + %) +5v3sinz + 3(cosz + 2)

2) =1
1—2cosx

pitu kién: 7 = i§+ k2m
PT & 1—2.cos(2x+%)+5(\/§sinx+cosx)+5 =0¢& 4.sin2(m+%)+1OSin(x+%)+4 =0

sin(a:—i—z) =-1/2
& 6 &

:—§+k2ﬂ' L)
sin(a:—i—%):—Q (VN) |z=m+k2m

Vay, S = {7‘(’ + k27r}

cos2 T. (cos T — 1)

- :2(1—|—sinz)
sinx + cosx

DK: xi—%—i—kw.

PT< (1+sinz)(1—sinz)(cosz —1) = 2(1+ sinz)(sinx + cos z)

1+sinz=0 1+sinx=0
=4
sinx +cosz +sinxcosx+1=0 (1+sinm)(cosa:+1)=0

r=—— k2
& [" T 79 ™™ (Thoa man ditu kién)
T =7+ k27
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4 (sin:v + cos :v)2 —92sin’z _ ﬁ

1+cot2w 2

LT K
sin|——z|—sin|—— 3z

Diéu kién xac dinh sinz = 0 hay z = km; k € Z.

Phwong trinh da cho twong dwong véi

(cos 2x + sin 231:)sin2 T = \/Ecos [% — 2x]sin T & cos [% — 2x] (sinx — 1) =0

T _3m  km
cos|——2zx(=0 |T= )
4 & (k,m € )
sint—1=0 x:g+m2ﬂ'
e aea 1 ea A ) \ N 3r  krw T
So véi diéu kién nghiém cta phwong trinh la z = — + 7; T =—+m2m; (k,m € Z)
5) sin 2 L = 2cosz (1)

+
sinz 4 cosz \/5 tan z

DPiéu kién: sinz = 0, cosz = 0,sinx + cosz = 0.

CoS T 2sinz cosx
1) < .
\/gsinx SInT + cosx

—2coszr =0

CcoS T 2 cos2 T

@ - .
V2sing sinz+cosz

=0 cosx[sin(x +§) - sin2x] =0

+) cos:r:0<:>:v:g+k7r, keZ

™ T
20 = +—+m2w r=—+m2w
. . ™ 4 4 T 27
+) sin2z = sin(z + —) < & mnelsr=—+—, teZ
T T n2w 4 3
20 =m—x——+n2w r=—+—
4 4 3

So sanh diéu kién, nghiém ctia phwong trinh: z = g +kr; xz= Ty Q?W, k, teZ

. ™ ™
sm(z ——)+cos(——=x
(2= )+ cos — )

. z
6) —(cosz +sinz.tan=) =
cos® z 2 cosx
cosz =0
biéu kién x .
cos— =0
2
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(:05(2—7T —z)+ cos(z —x)
Phwong trinh < 3 3

. 9T
— (cosz 4 2sin® =) =
cos’z 2 coszT

2 cos(E — z)cos—
cos2 accos6 1 :\/gsina:

& —(cosz +1—cosz)= & -1 & tan?z =3 tana
cosir cos T coslr cos T
) tanz = 0 z = km
tan? o — V3 tanz = 0 & & - (ke 2)
tanz = \/g T = 3 + km
x = 2w
Dai chiéu diéu kién ta thiy nghiém ctia phwong trinh la T (leZ)
r=—-+I7
3

7) Giai phwong trinh 2cos2:v+2\/§sin:vcos:v+1:3(sinm+ 3cosz).
26052w+2\/§sinmcosm+1:3(sin:v—|— 3cosz) © (sinz ++3cosz)’ —3(sinz ++/3 cosz) =0
& sinz + 3cosm:0\/sinm+\/§cosa:=3(1)

Phwong trinh sin z + V3 cos z = 3 v6 nghiém vi 12 + (\/5)2 < 3?

Nén (1) < tanz = —\/5 S = —g—i-lm (k € Z).Vay, PT cé nghiém la: z = —%—i—kw (kez).

(1—sinz + 2 cos 2z)sin(z + z)
4

8 = —sinz(cosz + 1
) 1+ cotx \/5 ( )

sinx = 0

bk
cotzx = —1

pt & (1—sinx—|—\/5.cos 2z)(sin z 4 cos ) _ L.sinx.(cosx—i—l)

\/5 sin o + cosx \/5
' sin x

& 1-sinx+ V2 cos2x = cosx + 1 & sinx + cosx = \/5 CcOS2X

<& sinx + cosx = \/5 (cosx + sinx)(cosx - sinx) < \/5 (cosx -sinx) =1

<:>2cos[x+§] =1 < cos az:+E =cos£

Két hop dk => nghiém phwong trinh : x = % + k27 hodacx= 71—7; + k2w
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2
(sinx + cos :r) —2sin’ z \/5 T T
) :7 sin Z—I —sin Z—?)I

1+ cot® z

bibu kién: sinz = 0 (*). Khi dé:

Phwong trinh da cho twong dwong véi: (s in2x + cos 2:v).sin2 x = \/5 oS [% — 2:v] .sinz

& cos 2:10—1 .sinx = cos 2:10—1 @(sinw—l).cos 2:10—1 =0
4 4 4

+ Sina?=1<:>a?=§+k2ﬂ' (keZ),théa(*) + cos[2x—%]:0<:}gz::%r—kk?7T (keZ),théa(*)

Vay, phwong trinh c¢6 nghiém: z = g + k2mx = 3% + %T (k € Z).

10) sin z cos2x + cos? :lc(tan2 z—1]|+2sindz=0

DPiéu kién cosz = 0

3

sinxcos21:—|—cos21:(tan21:—1)—|—2sin r=0 & sinx(l—?sinzz)+2sin2I—1+2sin3I:0

sinz = —1

& 2sin’z+sinz—1=0s 1 @x=—£+k27r;x:£+k27r;x:5—7r+k27r.
sina:za 2 6 6

Két hop diéu kién, phwong trinh ¢é nghiém S = [% + k27r;5F7T + k27r]

HT 9.Giai cic phwong trinh sau:

1) \/Esin[2m+§]—sinw—3cos:v+2: 0

2 .
2) 2 cos m+x/§sm2m+3 _ 3(tan2x+1)

2 cos2 z.sin [a: 7 g]

3~ 4cos2z —8sint 1

sin 2z + cos 2z sin 2z

3)

4) sin 7 + sin’ [%—m]—&—sinQ [%—&—w] = 2\/§sin[w+%].cosw—§

3cot? $+2\/Esin2:v—(2+3\/5)cosm

5) =0

2sinm—|—\/§
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cosz(cos z 4+ 2sinx) 4+ 3sinx(sinx + \/5) B

6) 1
sin2z —1
7) icotx—k_sm—zx = 2sin(r—|—z)
\/5 sinx + cos 2

2cos’ oz — 2\/§sinxcos:v +1
=+3coszr — sinx

2cos2x

9) sin” 2y i tan® (31 — z) — cos’ Zoo.
2 4 2

sin® 2 sin 3z + cos® z.cos 3z 1

tan m—z tan m—i—z
6 3

10)

http://www.Luuhuythuong.blogspot.com

Bai giai

1) \/Esin[2:v+£]—sinm—3(:osm+2 =0

\/Esin[2:v+£]—sinm—3(:osm+2 =0 ©sin2z +cos2x —sinx —3cosz +2 =0

<:>2Sin$COSQZ—SinQZ+2COSZJ)—3COSQZ+1 = 0<:>sin:v(2cos:v—1)+(cosw—1)(2cosw—1) =0

1

<:>(2cosm—1)(sin:v+cos:v—1) = 0<:>C0s33=%,sin x—}—z :E

Nghiém phwong trinh: z = :I:% + k271, x=k21, x = g 4 k2

2 .
2) 2 cos a:—l—\/gsm2x+3 :3(tan2x+1).

2cos’ z.sin [:L’ + g]

cosz =0 I = g +kr
biéu kién: & ke Z)(®.
\ Sin[I—FE]iO s ( )()
3 r=——+kr
3
s oas N = . . 2 . s 3
Khi d6:Phwong trinh da cho twong dwong véi: cos2z + \/g sin2x +4 = 2cos” zsin|z + — 5
cos” z

& cos 2. cos% + sin 2z. sin%—k 2= 3sin[1: —|—§]

™

= cos[2z—§]—3sin +2=0<« 2 cos? [I—%]—3COS[1}—E]+1: 0

0
T+ —
3
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™ T 1
& cos|le——|=1,cos|lx ——|=—
[ 6 [ 6]

Véi cos m—zzlﬁw—zzk%r(:):vzz—&—k%r(keZ),théa(*)

6 6 6
L T _ 3 . m 2 %
Véi cos m—g =—& :>a:——g+k27r (keZ),thoa()

Vay, phwong trinh c6 nghiém: z = j:% + k2w (k € Z).

_ 9y Qaink
3)3 4cos2r —8sin"z 1

sin 2x + cos 2x sin 2z

™ ™
~ .. |sin2z +cos2z =0 Ii———l—la

biéu kién:q . & 8 (l € Z)
sin2z = 0 .

leE

2
1—cos2zx

Tacé:851n4a::8[ 5 ] =---=3—4cos2x + cosdzx

3—4c0s2x—(3—4c0s2x+c0s4x) 1

Phwong trinh < =
sin2x + cos 2z sin 2z

—cos4zr

= (do sin 2z + cos 2z = 0,sin 2z = O)
sin2x 4+ cos2x  sin2z

& — (COS 2x — sin 23:) = & cos2x (sin 2x 4+ cos Zx) =0

sin 2z

& cos2z = 0V sin2z + cos 2z = O(loai) & 2z :g—i—kﬂ' Sz :%—i—kg(k € Z)
A A N T s

Vay nghiém ctia phwong trinh: = = 1 + k;(k € Z)

4) sin’ 7 + sin’ [%—m]—&—sinQ [%—&—w] = 2\/§sin[w —&—%].cosw—%

Ta cf sin? m+sin2 [%—aj]—i—sin2 [%—i—m] = 2\/55111[:6 —i—%].cosm—@

1—C0$2m+1—cos[237:—23:]+1+COS[27T_2$]

PN 5 3 :\/g(\/gsinx—i—cosa:)cosx—@
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3—cos2x—2cos2lcos2x

& 5 3 :3sinwcosw+\/§c052m—§@3:351n2m+\/§(2(:052m—1)

= \/gsian + cos2z = \/g & sin2m.§+ cosQa:é = % & sin[Qm —&—%] = sin%

2a:—|—£:%—|—k27r I:1+k71'

& 6 & 12 (keZ)
T T T
2 +—=7m——+K2nx r=—+kmr
6 3 4

3co‘u2 T +2\/§sin2 1:—(2 + 3\/§)cosx

5)
2sin:r+\/§

biéu kién: cosx =0, sinz = 5

Khi d6 pt da cho < (3 cot?z — 3\/5 cos m) + (2\/5 sin? 2 — 2 cos m) =0

—|—2(\/§Sin2w—cosw

& 3cos:v[ cosz —\/5 =0«< (3(305:10—2sin2 :v)(\/ESmQ:v—cos:v) =0

sin” x

+)COS:E—\/ESin2Z':0<=>\/ECOSQ:E-FCOS:E—\/E:O

cosT = —\/E(L),cos:v :L & x = :I:%—&—k%r

V2

+)3cosm—251n2m =0 2cos’z+3cosz—2=0
1 T
& cosT = 72(L),cosa: =—&sr=4+—+k2n.
2 3
Doi chiéu véi d/k bai toan thi pt chi ¢6 3 ho nghiém:. z = :t%—i— k27, x zg—i— k2m ke

cosz(cos z + 2sinx) 4+ 3sinx(sinx + \/5) B

sin2x — 1

1

6)
biéu kién: sin2x # 1.

Pt & 0052:t+251n:ccosx+3sin2x+3\/§sinx =sin2z -1 & 2sin2x+3\/§sinx+2 =0

*\/5 m:—£+k27r
2 e 4
s

sinfE:—\/E CEZI-F/C??T

sinx =

Dai chiéu diéu kién ta c6 nghiém: z = —% + k2.
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1 5in 2
7) —=cotz + ST

——— = 2sin(z —&-1)
\/5 sinx + cosx 2

biéu kién: sinz = 0, sinz + cosz = 0.

Ccos T 2sinx cosx CcoS T 2(:0s2 T
PT: —2cosr =0 & — =04 cosz

T: - -
V2sing sinz+cosa V2sing sinz+cosz

=0

sin(z + %) — sin 2z

+) cossz@ng—i—lm, keZ.

o e
20 =4+ —+m2mw T =—+m2m
: — o ™ 4 4 w127
+) sin2z =sin(z +—) < & mmnel Sr=—+—, teZ
T T n2w 4 3
20 =7 —2x——+n2w rT=—+—
4 4 3
Wi Vi A 1a . . , R 0 T 27
Dai chiéu dieu kién ta cé nghiém cta ptla: $=5+k7T; fvzz—i-?, k,teZ.
2cos’ z — 243 sinzcosz + 1
8) =+3cosx — sinz
2cos2x
Diéu kién: cos2x = 0 (¥)
3cos® 7 — 243 sinzcosz +sin® z
Ptdacho & = \/gcosx—sinx
2cos2z
<i>(\/§cos:rfsin:r)2 = 2cos2z (\/gcosxasinx)
V3 cosz—sinz= 0 tanz = 3 T ="+ kr
& e L e 8
2cos22= /3 cosz— sinz cos2x:cos(a:+g) v =2 4 korp=— k%r

Cac nghiém déu TMDK ( *) nén phwong trinh da cho ¢6 3 ho nghiém:

T T kQ_ﬂ'

v ="rtkr, z==+4k2m, 1=—— + (keZ)
3 6 18
cofz  Tm| o 27
9) sin” |= 4+ —[tan” (37 — z) — cos” = = 0.
2 4 2
b/k: cosz =0
Pt da cho
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tan2m—cos2£:0©l1—cos r——
2 2

.2[1- -
& osin” |— ——
2 4
<:>(l—sinx)(lfCOSQa:)f(lJrcosa:)(lfsinQ:r):0<:>(l—sinx)(lJrcosa:)(sinx+c0s:v):0

sinx =1 loat I:(2k+1)ﬂ

& |cosz=-1 & T keZz
r=——+knm
tanx = -1 4
sin® 'sin 3z + cos® 2. cos 3z 1
10) - _=
tan|z — | tan a:JrE
6 3

biéu kién: z = Ty s
6 2

Tacod tan z—Z|tan = tan - L cot —x—|—£ =-1
6 6 6

i
T+ —
3

s e . 1
Phwong trinh twong dwong véi: sin® 2 sin 3z + cos® z cos 3z = 3

1—cos2x cos2x —cosdzx =1+ cos2r cos2z +cosdxr 1

2 2 2 2 8

1

< 2(cos 2z — cos2z.cosdx) = 5
<:><:os3:z::l<:>cos,2:z::l
8 2

I:f%quw va x:%mw(loai)

Vay : I:—%quW

HT 10.Giai cic phwong trinh sau:

1) sin 3z + sin2x + sinz + 1 = cos 3z + cos 2z — cos x.

2) (tanz 4 1)sin® z + cos 2z + 2 = 3(cos z + sin z)sin z.

3) 2. cos 5z — sin(m + 2z) = sin .cot 3z.

5—7T+21:
2

67/2 sin? 22 + 8 cos® 7 + 32 cos(”T7T —4x)cos2z

4) =16
COST

3
2

. = 2(cot z +3)
cos® x Sin2z

5)
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6) cos2z +2sinz —1—2sinxzcos2z = 0

http://www.Luuhuythuong.blogspot.com
Bai giai
1) sin 3z + sin 2z + sinz + 1 = cos 3z + cos 2z — cos .

& 2sin 2z cos z + 2sin z cos z + 2sin® 2 = —2sin 2z cos z
< sin2z(cos z + sin z) + sinz(cos ¢ + sinz) = 0
< sinz(2cosz + 1)(cosz +sinz) = 0.

Tir d6 ta c6 cac tredng hop sau

Msine=0z=kr,ke”Z
1 27
*) 2cosa:+1=0<:>cosa:=—§<:>x::t?—i—kZﬂ', keZ
) cosx+sinx:O<:>x:—§+k7r, keZ
A . = . A 27 T
Vay phuong trinh da cho c6 nghiém z = km, z = j:?+k27r, L= _Z+ km, ke Z
2) (tanz + 1)sin® 2 + cos 2z + 2 = 3(cos z + sin z)sin z.

Dbiéu kién: cosz = 0, hay = = g + k.

Khi dé phwong trinh da cho twong dwong véi

in2 in2 = . " "
(tanz +1)sin” z + 1 —2sin” z + 2 = 3(cosz + sin z)sin z
& (tanz — 1) sin® 2 + 3 = 3(cos z — sin z) sin z + 6 sin” z

& (tanz —1)sin® 2 + 3cos 2z = 3(cosz — sin z)sin =
& (tanz — 1)sin®  + 3(cos z — sin z) cos = 0

& (sinz — cosz)(sin? z — 3cos 2) = 0 < (sinz — cosz)(2cos 2z +1) = 0

& sinz = cosx,cos 2z = —% & zgﬁ—kw,x = :I:%+k7r, k co
Péi chiu didu kién ta c6 nghiém = % kT o= i§+ km, k co

3) 2. cos 5z — sin(m + 2z) = sin [5771- + 2:10] .cot 3z.

PK: sin3z =0

pt & \/Ecos5m + sin 2z = cos2z.cot 3z
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& \/5005595 sin 3z + sin 2z cos 3x = cos 2x. cos 3T

& 2cos525in3z — cosiz = 0 < cos5:v(\/§ sin3z—1)=0

T k27
1 r=F T kw
+) sin3z = — = 0 (t/m dk) < 123 +)coshz =0 < z=—+-— t/mdk
T k27 10 5
% 7 ke
4 3
67/2 sin® 22 + 8 cos® 7 + 32 cos(”—7T —4x)cos2z
2 . T 5T
4-) =16 voi x € (5,?)

COS T

Tacé:cosx¢0<:>:v¢§+k7r

=16cosz

Véidk pt(1) < 8 cos® z + 6\/5 sin 2x (sin2 21 + cos® 2z
& 4cos’ 4+ 32 sin 2z = 8cosz & (2cos’ z +3\/§sin:1774) =0

& 2sin? 2 —3v2sinz +2=0 @x:£+k2w,x:%+k2w(kez>

Vay phwong trinh d3 cho c6 2 nghiém z € (5,51) laz= %Tﬁ;x = %TW
5) g o ootz +43)
cos® ¢ sSin2zx
. . . km
Dillu kifin s1n2x¢0¢>:17¢7.
. 2 4
Ta c6 \/§(1+tan )—i— - — 23 = 2cot z
sin 2z
2 2(sin2 z + cos> )
& 3tan®z + - —\/§:2cotgz
Sin x cos z
& \/gtan2:r +2tanz—V3=0
1 s
tanz=—3 & r=—"+knr tanz = — S rx=_+knr
3 J3 6

6) Gidi phwong trinh: cos2z + 2sinxz — 1 — 2sinz cos2z = 0 (1)
(1) & cost(l —QSinx) —(1 —2sin1:) =0 (coszx - 1)(1 —2sin1:) =0

Khicos2x=1<=>z=kr, k€ Z

& a::%—i—kahoécx:%r—i—ka,keZ

N |

Khi sinx =
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Xin chén thanh cam on quy thdy cb va cdc ban hoc sinh da doc tai liéu nay!

Moi su gép ¥ xin giri vé: huythuong2801 @ gmail.com

Toan b tai liéu 6n thi mén todn ctia Luu Huy Thudng ¢ dia chi sau:

http://www.Luuhuythuong.blogspot.com
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