TONG ON CHUYEN PE
CUNG VA GOC LUQNG GIAC - CONG THUC LUQNG GIAC
I. KIEN THUC TRONG TAM
1) Cac hé thire lwgng gidc co ban
sin’ x =1—-cos” x

e sin*x+cos’x=1= ) L,
cos“x=1-sin" x

1
. > =]+tan’ x = tan’ x = > -1
cos” x cos” x
2 2 1
* ——=Il+cot" x=cot" x=—7—-1
sin” x sin” x

* tanx.cotx=1= cotx=

tan x
e sin* x+cos* x=1-2sin? xcos® x; sin® x+cos’® x =1—3sin’ xcos” x
» sin’ x+cos’ x =(sinx+cosx)(1-sinx.cosx); sin’ x—cos’ x = (sinx—cosx)(1+sinx.cos x)

2) DAu ciia ham s6 lwong gidc

Gocl Goc II Goc III Goc 1V

(=) (=)

sin x (+) (+

COS X +

(+) (-)
tan x (+) (+)
(+) (+)

cotx

3) Mdi quan hé giira cac cung hrong giac dic biét

* Cung doi nhau: ava -«

* Cung bu nhau: ava 7 -«
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» Cung hon kém 7: ava (a+7)

V4
» Cung phu nhau: gva [E_ J

4) Cong thirc cong

= cos(a—b)=cosacosb+sinasinb

cot(7—a)=—cota

T
cot E—a =tana

V4
tan| ——a | =cota
5

si
si
= tan(a—b)=

- tan(a+b)=

tana —tanb
l+tanatanb

tana +tanb
l-tanatanb

cos(a+b)=cosacosb—sinasinb
n(a—b)=sinacosb-sinbcosa
)

n(a+b)=sinacosb+sinbcosa

5) Cong thirc goc nhan d6i, nhan ba

= Cong thirc goc nhan doi:

sin2a = 2sina cos o

cos2a =cos’a—sin*a =2cos’a—1=1-2sin’«

2tan o
tan2a =

l-tan’ &
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= Cong thirc goc nhan ba:

sin3a =3sina —3sin’ «
cos3a =4cos’ @ —3cosa

3tana —tan’ &

6) Cong thirc ha bic hai, bac ba

= Cong thic ha béc hai:

= Cong thirc ha bac ba:

tan 3 = >
1-tan”
. o 1—cos2a
sin“qg=——
2
) 1+cos2a
cos" @ =———
2
.3 3sina —sin’
sin"g=———
4
3 3cosa +cos3a
cos'qg=———
4

7) Cong thirc bién ddi tich sang tong va nguoc lai

1
cosacosh 25[ cos(a—b)+cos(a +b)]

= Cong thirc bién ddi tich thanh tong: { sinasind = %[ cos(a—b)—cos(a+ b)}

) 17 . )
sinacosh 25[ sin(a—b)+sin(a +b)]

= Cong thire bién doi tong thanh tich:

u+v u—v
cosu +cosv=2cos

COoS

Lutv . u—v
cosu —CcosSv =—2sin sin

+v u-—-v
COS

Ssinu +sinv =2sin

u+v . u—v
S

sinu —sinv =2cos

II. HE THONG Vi DU MINH HQA

Vidu 1. Tinh gia tri ciia cdc ham lugng gidc con lai cua cung x sau:

a)sinx:§;0<x<% b)cosx:—2

NG

C) tanx=2;7r<x<3?”

T
i —<Xx<71
2

d) cotx=—1;3—”<x<27z
22

Loi gidi:
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18 22

a) Tu sinx=l<:> cos’x=1-sin*x=1-—=—= cosx=t——
3 9 9 3

242
Do 0<x<%:> cosx<0= cosx=T\/_

sin x 1 Q

tanx = ZTZ 4
Tu @6 ta duoc: cosx N2
cotx = =2\/§
tan x
. - . 4 1
b) T cosx= 2= sin®x=l-cos’x=l-a =% = ginx=t
5 5 J5
D0ﬂ<x<ﬂ:> sin >0 i !
- - SInXx = —F—
2 N
sinx 1
tan x = :_E
Tu @6 ta duogc cosx
cotx = =-2
tan x
¢) Tt tanx =2 = cotx = _1
tanx 2
. 1 . 2
sin . 2y== sinx=t—
tanx = -2X _ 9 sinx =2cos x cos - x 5 J5
Ta cé COSX & R & =
.2 2 5cos" x=1 . 2 4 1
sin“x+cos” x=1 sin” x=— cosx=t—
5 V5
sinx—_—2
37 | sinx<0 J5
Do m<x<— =
2 |cosx<0 -1
CoOSX =——
J5
1
d) cotx=—— = tanx = =-2
2 cotx
. 1 ) 2
sin . Zy== sinx=t—
fanx = =2 sinx =-2cos x cos X 5 5
Ta co: COSX Pt R & =
. 2 ) S5cos x=1 . 4 1
sin“x+cos” x=1 sin” x=— cosx=+—
5 5
sinx = 2
sinx <0 NG
Do 3—ﬂ<x<27r = \/_
2 cosx>0 1
CoSx=—
J5
Vi du 2. Tinh gia trj ctia cac ham s lugng giac
a)sinx:L;0<x<§ b)cotxz—\/f;—%<x<0
3
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c) tanx+cotx=2;0 < x<%

. 2
a)Tac(): sinx:%: COS X = I—SIHZX:\/;;tanx:
3

1 1 .
b) Tacod: cotx =—+/2 = tanx=——=——== sinx=—

cotx_ \/5

c) tanx+cotx=2 < tanx+

tan x

1

1 1
VJ1+cot® x J2 00 NG

Khi @6 sinx =

. 2
d) Ta co: cosx:—i:> smx:—\ll—coszx:—\/g = tanyx=—

NG

Loi gidi:

;cotxzx/z

1
NG

1
NG

/;L\P
1+cot” x NEN 3

=2& tanx=1< cotx=1

;cotxz—\/z

Vi du 3. Tinh gia tri cua cac ham so luong giac

2 T
a) tanx—cotx:——;ﬂ<x<7

NG

z
b) tanxz—L;5<x<7T

NE]

. 2
a)Taco: tanx—cotx=—— < tanx-—

1
\/3 tan x

1

1 1 .
= cotx=—=— ;SINX = ———
tan x \/5 \J1+cot? x

, 1 1 .
b)Tacd: tanx=—— = cotx=——=—+/3= sinx=————
NG tan x V1+cot® x

Loi gidi:

NG

3 1
=—— = COSX=——
2

1

1
=— =>CoSX=———

__ 2?2 o Bt x+2tanx—3=0<= tanx=—3

Vi du 4. Rut gon cac biéu thirc sau

l—cosx 1 1—sin® x.cos® x
a) A=— — = b)BZ—z—COS2x
sin“x l+cosx cos” x
Loi gidi:
, 1-cosx 1 l1-cosx 1 1 1
a)Tach: A=——F—- = — = = - =0
sin"x 1l+cosx 1-cos"x Il+cosx 1+cosx 1+cosx
, 1-sin? x.cos® x sin? x + cos® x —sin? xcos® x
b)Ta co: B:—Z—cos2x= >
cos’ x cos’ x

=tan’x+1 —(sin2 X + cos? x) =tan’ x

Vi du 5. Rt gon cac biéu thirc sau

1—cosx 1+cosx
a) A= -
1+cosx 1—cosx

b) B=+/1—cot’ x.sin’ x +1

Loi gidi:
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a)A—\/l_Cosx \/1+cosx_l—Cosx—(1+cosx)_—2c05x_ —2cotx,(0 <sinx<1)

l+cosx V1-cosx \/I—COS2X - |sinx| N 2cotx,(—1<sinx<0)

b) B =+/1—-cot? x.sinzx+1:\/1—coszx+1:|sinx|+1

Vi du 6. Chitng minh céc dang thirc sau

sinx+cosx—1  cosx

a) tan” x —sin’ x = tan” xsin’ x b) — = -
sinx—cosx+1 1+sinx
+ 2 2
sin” x coS™ x . tan x + tan

c)1- - =sin xcosx d) tanx.tany:—y

I+cotx Il+tanx cotx+coty

Loi gidi:
in2 in? in?2 2 sin” x(1—cos® x

2 -2 Sln X -2 SlI‘l x—SlIl XCOS X 2 )

a) tan” x—sin” x = S——SsIn” x = 5 = 5 =tan” xsSmn” x
Ccos” x Ccos” x CcoS” x

b) Ap dung cong thirc goc nhan déi ta duoc:

.X X . X
. 2sin£cos£—2sin2E 2sin—| cos—_—sin— cosf—sinE
sinx+cosx—1 272 2 2 2 2) 2 2 (1)

sinx—cosx+1 .X X .2 X . X X . X X . X
2sm§cos§+2sm25 2sin=| cos=+sin= COSE_SIHE

, X . X . X
cos” ——sin COSs ——sin—
cosx 2 2 2 2 (2)

2 X

Mat khac Lrsinx 5 P g
2 2 2 2

Tu (1) va (2) suy ra diéu phai chimg minh.

. sinx  cos’x sin’ x cos’ x sin’ x cos’ x
c) Taco: 1- - =1- - —=1-— -
l+cotx I+tanx 1+cosx 1+s1nx SiInxX+CcoSx Sinx+cosx
sin x CcOoS X

| sin® x + cos’® x | (sinx+cosx)(sin2x—sinxcosx+cos2x)

sin x +cos x sin x+cos x

:1—(1—sinxcosx) =sinxcosx = dpcm.

sin x N siny  sinxcosy+sin ycosx

tan x + tan CosSX CoSs COS X COS sin x sin
d) Y - M Sy = Y = tan x tan y = dpcm
cotx+coty COoS X " cos y SIn XCOS y +SIn y COS X COSXCOS Yy
sinx siny sin xsin y

Vi du 7. Rt gon cac biéu thirc sau

~ cos’ x+cos” xcot’ x

A =2 =2 2
sin”“ x+sin” xtan” x

3 cos” x—2sinx(1—sinx) 2(1+sinx)

- (1—sinx)cosx+(1+sinx)cosx' 1-sinx

C =(1+cot x)sin’ x +(1+ tan x) cos’ x —sin x cos x
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D =+/sin* x+4cos® x ++/cos* x +4sin’ x

Loi gidi:

2 : .2 2
cos’x  cos x(sm X+ cos x)

COS2 X+ COS2 X.

y cos” x +cos” xcot” x sin? x sin? x cos* x v
° = = = = =CO X

N N . 2 A A N

sin® x+sin’ xtan’x . , ., sin°x  sin? x(cos2 x+sin’ x) sin® x
sin” x +sin® x.—
cos’ x cos2 x

. cos® x —2sinx(1—sin x) 1-sin’® x —2sin x(1—sin x)

[ ] e j—

(1-sinx)cosx+(1+sinx)cosx B (1-sinx+1+sinx)cosx

(l—sinx)(l+sinx—25inx) B (l—sinx)2

2cosx 2cosx

N (l—sinx)2 '2(1+sinx) _ (1—sinx)(1+sinx) _ 1—sin® x
2cosx 1-sinx COS X cosXx

=COSXx

» C=(1+cotx)sin’ x+(1+tanx)cos’ x —sin xcos x

sin x 5 .
COS” X —Sinxcos x

c .
=| 1+—=|sin’ x+| 1+
sinx COS X

=sin® x + cos® x + cos xsin’ x + cos® xsin x — sin xcos x

= (sin x + cos x)(sin2 x + cos? x —sin xcos x) +cos xsin x(sin x + cos x) —sin x cos x

= (sinx +cosx)(1—sinxcosx)+sinxcosx(sinx +cosx—1) =sinx+cosx—sinxcosx

. . 2 2
‘DZ\/811’14)C-i'4COSz)C+\/COS4)C+4SIn2)C=\/(l—cos2 x) +4coszx+\/(1—sin2 x) +4sin’ x

—Jeos* x+2cos? x+1 ++/sin® x +2sin® x+1 = \/(cosz x+1)2 + \/(sinz x+1)2

=sin’ x+cos’x+2=3

Vi du 8. Chiing minh céc ding thirc sau:

)
a) HS;HZX =2+cot’ x
l-cos™ x

b) 2(1-sinx)(1+cosx)=(1-sinx+ cosx)2

Loi gidi:

l+sin’x 1+sin’x  2sin’ x+cos’ x

a) Ta co =2+cot’ x

1-cos’x sin? x sin? x

, . 2 . . )
b) Tacé VP =(1-sinx+cosx) = cos’ x+sin’ x+1—2sinx —2sinxcosx +2cosx
=1

=2(1-sinx)(1+cosx)=VT. Suy ra dpcm.

Vi du 9. Chimg minh cac dang thirc sau

1—4sin’® xcos*x . P 2 gl 4
a) . :(Slnx_cosx) b) Sin~- X — COS x+COS4 X

. 5 — : =tan’ x
(sinx +cosx) cos® x —sin’ x +sin* x
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Loi gidi:

. 2 . .
1-4sin® xcos’ x _ (sinx +cosx)” —2sinxcosx(1+2sinxcosx)

a) VT = —= >
(sinx+cosx) (sinx+cosx)

. 2 .
(sinx+cosx) (1—2sinxcosx) _ ., s ,
= > =]1-2sinxcosx =sin” x+cos” x —2SIn xcos x
(sinx + cos x)

= (sinx —cos x)2 = VP . Suy ra dpcm.

. 2 2 2 : .
sin® x —cos’ x+cos’ x _ SI" X—COS x(l—cos x) _sin’ x—cos” xsin’ x

b) VT =

. . . . 2 2 2
cos’ x—sin® x+sin* x  cos? x —sin? x(l —sin’ x) cos” x —sin” xcos” x

sin’ x(l —cos’ x) sin® x

- = = tan* x = VP Suy ra dpcm.
cos’ x(l —sin? x) cos* x

Vi du 10. Ching minh cac dang thirc sau

tanx sinx sin*x+cos*x-1 2
— — =CcosXx b) — - ==
sinx cotx sin“x+cos"x—1 3
Loi gidi:
tanx sinx 1-sin’x
a) VT = ——— = =cosx =VP
sinx cotx cos x
sin® x+cos* x—1 (sin2 x +cos’ x) —2sin” xcos® x —1 2
b) VT =— A = 3 =—=JP
sin” x+cos” x —1 (sin2 X+ cos’ x) —3sin’ xcos’ x(sin2 X+ cos’ x) -1 3
Vi du 11. Ching minh cac dang thuc sau
sinx +cosx—1 2cosx 1
a) =— b)ﬁ=2+tan2x+cot2x
1-cosx sinx—cosx +1 sin” x.cos” x
Loi gidi:
sinx +cosx—1 2cosx .
a) Ta co = < sin® x —cos” x +2cosx —1 = 2cos x(1 - cosx)

1—-cosx sinx—cosx +1

Nhan xét: sin® x —cos” x +2cosx —1=2cosx —2cos” x = 2cos x(1—cosx). Suy ra dpcm.

sinx cos’x  2sin’ xcos’ x+sin’ x + cos” x

b) VP =2+ tan’ x +cot’ x = 2 +
2 < 2 2 2
cos’x sin’x sin” x.cos” x

.2 2 \?
(sm X+ cos x) 1

= — > =— > =VT = dpcm.
sin” x.cos” x Sin” x.cos” x

Vi du 12. Ching minh cac dang thirc sau

-4 4
sin" x+3cos” x—1 3 . .
a) — . . == b) coszx(2s1n2x+cos2x)=1—s1n4x
sin” x+cos” x+3cos" x—1 2

Loi gidi:
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a) Ta co:

-4 4 - 4 4
sin" x +3cos” x—1 sin” x+3cos” x—1

VT:'6+"+34—1:-2 2 .Y
sin® x + cos® x + 3cos” x (sm X+ cos x)

2
) 2 4
_sin*x+43cos’x-1 (I_COS x) +3cos” x -1 _4cos4x—2coszx_2_VP
—3sin* xcos* x+3cos* x  3cos’ x —3cos? x(l—cos2 x) 6cos’ x—3cos’x 3

b) Ta cé: cos? x(2 sin’ x + cos’ x) = cos’ x(l +sin® x) = (1 —sin’ x)(l +sin’ x) =1-sin*x

—3sin? x cos? x(sin2 X + cos’ x) +3cos* x—1

Vi du 13. Chig minh cic dang thirc sau:

a) A= 2 +cotx+1
tanx—1 cotx—1

b) B =2cos* x —sin® x +sin’ xcos* x + 3sin’ x

Loi gidi:

2 +cotx+1_ 2cosx +cosx+sinx_cosx—sinx_

a) A= -1

tanx—1 cotx—1 sinx—cosx cosx—sinx Sinx-—coSx

b) B =2cos* x—sin* x +sin” xcos” x +3sin” x = 2 cos* x—(l - cos’ x)(3 +cos’ x — 1+ cos’ x)

= 2cos4x+(l—cos2 x)(20052x+2)= 20054x+2(1—cos4 x)z 2

Vi du 14. Chimg minh ring céac biéu thirc sau day khong phu thudc vao x ?

2 2
tan” x —sin” x
a) A=—2="""= cot’x

cot’ x —cos® x

b) B =sin® x.tan® x + 4sin® x — tan” x + 3cos’ x

Loi gidi:
. 1
2 .2 sin” x T . 4 .2 6
tan” x —sin” x 6 cos™ x 6 SIn" x Smm-Xx CoS X
a)A:ﬁ.COtX: cot = 2 . 7 6 =1

cot” x —cos” x ) 1 cos” x cos” x sin” x

cos” x| ———1

sin” x

. 2 2 . 2 2 2 . . .
b) B =sin’ x.tan” x + 4sin” x — tan” x + 3 cos x:tan2x(sm2x—1)+351n2x+3coszx+sm2x

=—tan’ xcos’ x+3 +sin*x = —sin x +3+sin’ x =3

Vi du 15. Tinh gia tri biéu thirc

3 s 2 :
COS” X+ COoSXx.SIn~ x —S1n x I
,voi tanx =2

a) 4= 3 3
sin® x — cos’ x
l+cosx+sinx . 12 .«
b) B=———— VOi cCOSX=——Va —< X< T.
1—cosx 13 2
2sin? x + sin + cos’ -
) ¢ = 28in’x+sinxoosx+ 008’y iy 23,
sin® x —cos* x
Loi gidi:
2 2
2 Ao cos® x + cosx.sin® x —sinx _ 1+ tan x—tanx(1+tan x) =1-i-4 2(1+4) =_§

sin® x — cos® x tan® x —1 8—-1 7
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cosx=—£ ) 144

, 13 cos" X =—— . 5 6

b) Ta co: = 169 =>sinx=—=B=—
13 25

T .
E<x<” sinx >0

¢) C = 2sin® x + sin x cos x + cos” x _ 2sin? x + sin x.cos x + cos’ x

sin* x —cos* x sin® x — cos® x

2tan’ x+tanx+1 11
:)C: 2 = —
tan” x —1 4

Vi du 16. Ching minh cac dang thirc sau

2 1
(1+cot x){coszx J

sin* x —cos” x + cos” x ) X
5 =cos” — b) >
2(1—cos x) 2 1+tan” x
Loi gidi:
L 4 2 .2 2 P
. S X—CO0S X+COS" X  gin’ x—cos’ x+cos’x 1
a) Ta co: > = - -
2(1—cos x) 2sin” x 2
(1+C0t2 x){ = J
. Cos” x 1 sin” x
b) Ta co: 5 = —— —5—.cos’x=1
1+tan” x sin” x cos” x

Vi du 17. Rit gon céc biéu thirc sau:
. 3z
a) A=sm(x+7z)+cos(§—xJ +c0t(2ﬂ—x)+tan[7— ]

b) B= sin[%ﬂ} .cos(x—37z).cot(57ﬂ+xJ

1 2sin 2550° .cos(—l88° )
c) C= +
tan 368° 2c0s638° +cos98°

Loi gidi:
a) A:sin(x+7z)+cos(§—xJ +c0t(27z—x)+tan[3§— ]

. . T
= —smx+smx—cotx+tan[7r+5—xJ =—cotx+cotx=0

b) B:sin[%+xJ .cos(x—37r).cot£57ﬂ+xJ = sin{7r+%+xJ .cos(x—7r—27z).cot[27r+%+xJ

|z Vs .
:—sm[5+xj .cos(x—;z.).cot(aﬂcj =—cosx.(—cosx).(—tanx) =—sinxcosx

1 2sin2550° .cos(—188°) | 25in(7.360° +30° ).cos(~180° —8° )
c) C= + = +
tan 368° 2c0s638° 4 cos98° tan (360° +8° )

2cos[180° .;+8°J +c0s(90° +8°)
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1 —2sin30°.(—cos8°) 1  cos8 2
+ + =

B tan 8° 2sin& —sin&  tan8 sin8 tan8

Vi du 18. Rt gon cac biéu thirc sau:

a) A=cos(x+57)—2sin N7 _ ) —sin] 124«
2 2

b) B:cos[%—xJ +cos(7r—x)+cos£3?”—x] +cos (27— x)

Loi gidi:

, | |z
a) Ta co:A:—cosx+2sm[3—xJ +sm[5+xJ =—cosx+2cosx+cosx=0

. V4 . .
b) Tacd:B= smx—cosx—cos(z—xJ +cosx =sinx—sinx =0

Vi du 19. Rt gon cac biéu thirc sau:

RY/4 .| 37 T T
a) A=cos| ——x|—sin| ——x|+cos| x———|cos| ——
2 2 2 2

b) B:sin{%r—xj _COS[“T”_XJ —3sin(x—57r)+tan{77ﬂ— ].tan(—x)

Loi gidi:

b2 | o . . )
a) A=—cos| ——x|+sin| ——x|+cos"| ——x| =—sinx+cosx+sin” x
2 2 2
| b4 : 7
b) B=sin| ——x|+cos| ——x|+3sinx—tan| ——x | tanx
2 2 2

=cosx+sinx+3sinx—cotxtanx =4sinx+cosx —1

Vi du 20. Rt gon cac biéu thirc sau:

. 3z T RY4
a) A=cos(7—x)+sin| x——| —tan| —+x | cot| ——
2 2 2

b) B =sin(270° —x)—2sin(x—450° )+ cos(x +900° )+ 2sin(720° —x)+cos(540° —x)

Loi gidi:
. V4 V4
a) Taco :A=—Cosx—sm[x—EJ +cotxcot{5— J =—cosx+cosx+cotx.tanx =1

b) Ta cé : B =sin(90° —x)—2sin(x —90° ) — cosx — 2sinx — cos x = cos x — 2sinx

Vi du 21. Rt gon cac biéu thirc sau:
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V4 kY4 .| T
tan| x——|.cos| —+ x| —sm’ | ——
2 2 2
A=
T RY/4
cos| x——|.tan| —+x
2 2

B =[l+tan2[“7ﬂ— JJ[1+CO'£2 (x—37z)] .005(37”+x] sin(llﬁ—x).cos[x—BT”J sin(x—77r)

Loi gidi:
T . T
—Cotxco{x—zJ +sm3[2— J _Cosxsinx+cos3x
A= ' __ Sinx
—sinx.—cotx CcoSx

—CoS X +cos” x ) .
= " ~ — _l+cos’x=-sin’x
cosx

B ={1+tan2 {%— JJ [1+cot2 x} .sinx.sin x.sinx.(—sinx) = (1+cot2 )C)(l-i-COtz x).—sin4 X

=——.sin*x=-1
sin* x

Vi du 22. Ching minh céc dang thirc sau

| 1z .| 2lx . O . 297 2
a) sin| —— | +sin| —— | +sin| —— | +sin| ——— | =—2cos| —
10 10 10 10 5

sin515°.cos(—475°)+ cot 222°.cot 408° 1 2 550
=—cos
cot415°.cot(-505°)+tan197°.tan73° 2

c) tan105° + tan 285° — tan(—435° ) —tan(—75° ) =0

s
sin
10 10 0
. s .| 21z ) 9z .| 21z
=sin| 27——| +sin| — | +sin| — | +sin| — —57x
10 10 10 10
9

) .97 . 2z
= —sin— + sin —— — sin— — sin ——
10 10 10
= —2sin9—7r =-2¢c0s 9—”—2 = _20052_7r
10 10 2 5

b) B = sin 515°.cos(—475°)+ cot 222°.cot 408°
B cot415°.cot(—505°)+ tan197°.tan 73°

_sin(360° +180° +25° ).cos (~360° —90° — 25° ) + cot (180° + 42° ).cot (360° +48°)
T cot(360° +55° ).cot (—360° —90° —55° )+ tan (180° +17° ).tan (90° —17° )

_ sin25° . (—sin25° ) +cot42°.cot (90° —42°)  —sin?25° +1 _cos’ 25°

- cot55° .tan55° +tan17° .cot17° - 2 2
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¢) C =tan105° + tan285° — tan(—435° ) — tan (—75° )

= tan (180° —75° )+ tan (360° —75° ) — tan (~360° —75° ) — tan (~75°)

=—tan75° —tan75° +tan75° +tan75° =0

Vi du 23. Tinh gié tri cac biéu thirc sau

4
a) A=tan| x—— |, voi cosxz—i;ﬂ<x<3—”
4 41 2

b) Cho a, b 1a cac goc nhon thoa min: sing = %, tanb = El

Tinh: sin(a—b), cos(a+b), tan(a—b)

12

Loi gidi:
a) cosx=—i <:>sin2x=1—cos2x=1—L=@:>snx—
41 1681 1681
3z . . 40 sinx 40
Do 7 <x<— —sinx<0—>sinx =—— —tanx = =—
2 41 cosx 9

40

P tanx—tanz —-1
Tur @6 ta duge A=tan| x——| = 4 _ 09

i
l+tanxtan— 1+
4 9

b) Ta co:

. sina=£—> cosqa=+—
17 1
. 15 8
Do alagocnhon:cosa>O—>cosazﬁ—>tanazg
. tanbzibsinbzicosb
12 12

: 5 sinsz_ri
sinb =—cosh 13
Tu do ta co 12

12
sinb+cos’b=1 cosbziB

sinb=i

Do bla géc nhon nén sinb >0, cosb>0 — s
cosbh=—

13

* sin(a—b) =sinacosb—cosasinb=i 2 155 _21

17°13 17°13 221

EL
40 49

1512 8 5 140

* cos(a+b)=cosacosb—sinasinb=—.—-—.—=

1713 1713 221
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&8 5

tana—tanb 15 12 _ 21

1+ tanatanb 1+8 5 220

15712

« tan(a—b) =

Vi du 24. Ching minh cac biéu thirc sau khong phuy thudc vao bién

T T 3 _ -3 .
a) A:coszx+cosz[x+§J +Cosz[§_ ] b)B:3cos x cos3x+3sm X +sin3x

COoS x

sin x

Loi gidi:

a) Cach 1: (Khai trién theo céng thirc cong)

A=coszx+cosz[x+§J +cosz(%— J

2 2
) T . . T . T
=cos” x+ cosxcosg—smxsm? + cosxcos§+smxsm§

, 1, 3. 3., 1, 3. 3.,
=COS " X+—COS" X——SINXxXCosx+—SIm" x+—CoS" X +—SImxcosx+—sin" x
4 2 4 4 2 4

=Zcos’ x+—sinx==
2 2 2

Cach 2: (Str dung cong thirc ha bac)

1+ cos 2x+2—” 1+ cos 2x—2
) 2[ 7ZJ 2(72’ ] 1+ cos2x 3 3
A=cos"x+cos”| x+—|+cos| ——x| = + +

2 2

2

2

31 1 2
=§+10052x+l cos 2x+2—ﬂ + cos 2x—2—ﬂ =2 4~ cos2x +—| 2c0s2x.cos %
2 2 2 3 3 2 2 3

:§+10052x-1-cos2x.cos2—7z =§+lc052x—lcos2x =§—>A =E
2 3 2 2 2 2

Viy biéu thirc 4 khong phu thudc vao bién x .

3. 03 :
b) B:3cos X cos3x+3sm X +sin3x

cos x sin x

3cos’ x—4cos® x+3cosx 3sin’ x —4sin® x +3sinx
= +

cosx sin x
—cos’ x+3cosx —sin’ x+3sinx ) .
= + - =—cos  x—sin“x+6=5
cosx sin x

Viy biéu thirc 5 khong phu thudc vao bién x .

Vi du 25. Ching minh céc dang thirc sau
sin(a+b)sin(a—b)

cos” a.cos’ b

a) tan’ @ —tan’ b =

. 1
b) sin* x + cos* x = —cos4x +3
4 4
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6+ 2cos4x ) )
) —————=cot" x+tan" x
1—cos4x

Loi gidi:
2 2 sina  sin’bh  sin® a.cos’ b —sin® b.cos’ a
a) tan~a—tan“ b = — . = - >
cos“a cos b cos“ a.cos” b

(sinacosb—sinbcosa)(sinacosbh+sinbcosa) ~ sin(a+b)sin(a—b)

cos® a.cos’ b cos® a.cos’ b
2
b) sin® x +cos’ x = (sin2 x+cos’ x) —2(sinxcosx)2 =1- 2.isin2 2x
1 3 1
= 1——(1—c0s4x) == +_cosdx
4 44

2 2
) 2 .
sin? x X cos’x _sin®x+cos®x _ (sm X+ cos x) 2(sinxcosx)

¢) cot’ x+tan’ x = —— — = - I
cos’x sin’x  sin’xcos’ x Zsmz 2y

1
4| 1-=sin®2x 1.1
_[ 2 ] 4[1 4+4COS4X _6+2cos4x

sin® 2x 1-cos4dx 1—-cos4x
2

Vi du 26. Cho 3sin® x +2cos* x = % Tinh gia tri biéu thirc 4 = 2sin* x +3cos* x

Loi gidi:
98 > 98
3a° +2b° = — 3¢ +2(1-a) =2
bat a =sin® x ,b = cos’ x (a,bE[—l;l]) , ta co: ar 81 & a+ ( a) 81
a+b=1 b=1-a
a=ib=§:>A=2a2+3b2=g
i ?6 ’ 29 ’ 607
a=—= b=""= A=2da"+3b*=——
45 45 405

Vi du 27. Ching minh cac dang thirc sau

a) sin’ {%erJ —sin’ {%— ] =%sin2x b) sinx(1+ cos2x) = sin 2x.cos x

1 2 X
c) tanx — =- d) tan—[ +1] =tanx
tan x tan 2x COSX
Loi gidi:
1—cos E+2x 1—cos E—2x cosS z—2x —Cos z+2x
. 4 4 4 4
a) Tacod: VT = — =
2 2 2
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—2sin % sin (—2x)

2 .
= =—-sin2x=VP
2 2
b) VT =sinx.2cos’ x = 2sin x cos x.cos x = sin 2x.cos 2x = VP
. . 2 2
o) VT:smx_c?sx:sm.x cos” x _ cost: 2 _vp
cosx sinx sin x cos x 1. tan 2x
—sin2x
2
sin — 1+ cosx sinf.2cos2 X x x
d) VT = 2 =2 2 _ 2sinZcos~ =tanx = VP
X 2cosx X 2 cosx
cos— 2C0S—.CcOSXx
2 2
Vi du 28. Rt gon cac biéu thirc sau
1+sinx—2sin2[Z—}2€J
E =
4cosi
2
Fo cos’ x.sin x —sin’ x.cos x
sin 2x.cos2x
B sin4x.cos 2x
(1+cos4x)(1+ cos2x)
. 2 . 2
sin” 2x—4sin” x
H= .2 .2
sin 2x+(4sm x—4)
Loi gidi:
1+sinx—{1—cos[72[— ]J ] )
sin x —sin x
-Tac():cosf;tO E = e = . =0
2 4cos— 4c0s5

3 2 = 2
o cosxsmx(cos X —sin x) cosxsinx.cos2x 1
* Véi sin2x.cos2x#0 tacd: F = : =— =—
sin2xcos2x 2sinxcosxcos2x 2

* Vi (1+cos4x)(1+cos2x)# 0 ta co:

2sin2xcos2x.cos2x  sin2x 2sin xcos x
G= = = =tanx

2cos’ 2x.2cos’ x 2cos’ x 2cos’ x

. . .2 2 )
4sin® xcos’ x —4sin’ x  SIn x(cos x—l) —sin”* x tan®
= = =tan" x

eTa co: H = — 3 —= > — = 7
4sin” xcos” x—4cos" x  cos x(sm x—l) —CoS" X

Vi du 29. Chiing minh céc dang thirc sau

2 _ 2 . T . T .
) tan® 2a —tan” a — tan a.tan 3a b) 51n(z+aJ —sm(z—aJ =\/§s1na

1 — tan?® 2a.tan’a

Loi gidi:
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297a —tan? tan2a —tana)(tan2a + tan a
a) VT = tan 2? tan 2a = ( ) ) =tana.tan3a = VP
1—tan’2a.tan’a (1—tanatan 2a)(1 + tan a tan 2a)

/4 T 1 1
b) VT =sin| —+a | —sin| ——a | =—=(sina +cosa)——=(—sina +cosb =\/§sina=VP
sl Goa] sn| T 1 5 )

Vi du 30. Chtng minh céac ding thirc sau

sin(a—b)sin(a+b) cos(a—b)cos(a+b)

a) — 2 =—cos’ asin’b - - =1—tan’ a.tan’ b
1—tan” a.cot” b cos” a.cos” b
Loi gidi:
B sin(a —b) sin(a +b) (sinacosb—sinbcosa)(sinacosb +sinbcosa)
) 7= I-tan’ a.cot’h - sin” acos” b

cos® asin’ b

sin’ acos” b —sin® bcos’ a .,
= =—cos” a.sin” b=VP

cos” asin’® b —sin” acos’ b

cos” asin’ b
cos(a—b)cos(a+b)  (cosacosb+sinasinb)(cosacosb—sinasinb)

b) VT = =
cos” a.cos’ b cos” a.cos’ b

2 2 2 < 2
cos” a.cos” b—sin” a.sin“ b 2 2
= 5 . =]l-tan” a.tan" b =VP
cos” a.cos” b

Vi du 31. Chting minh céc ding thirc sau

a)

COS X X tan’? 2x —tan’ x
— =cot| ——— b) tan x.tan3x = . ~
1-sinx 1—tan’ x.tan” 2x

Loi gidi:

X X X . X X . X
(COS2+SIH2] £C082+SIH2J [Cosz_Slan

X . X - X . X ?
[COSZ_SIHZJ [COSZ_Slan

[ﬂ xJ
COS Z_E
. T X
a)Taco: VT =cot| ——=| = =
4 2 |l Troox
sin| ———
4 2

=) o 2

2 X .2 X
cos” = —sin” = oS
_ 2 - _yp
XX 1-
1-2sin—cos— S x
2 2
tan?2x —tan2 x (tan 2x — tan x)(tan 2x + tan x)

=tanxtan3x = VP

b) Taco: yrT = =
1—tan? x.tan? 2x (l—tanxtan 2x)(1+tanxtan 2x)

Vi du 32. Cho tam giac, chirng minh céc dang thirc sau:
a) sin A =sin B.cosC+sinC.cos B
b) tan A+tan B+tan C =tan A.tan B.tanC

Loi gidi:
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a) sin Bcos C + cos Bsin C =sin(B+C) =sin(z —A4) =sin4 — dpcm

sind sinB  sinC  sinAcosBcosC +sin Bcos Acos C +sin Ccos Acos B

b)tan A +tan B + tanC =
cos4A cosB cosC cos Acos BcosC

~ cos C(sin Acos B+sin Bcos 4) +sin Ccos Acos B ~ cos Csin( A+ B)+sinCcos Acos B

cos Acos BcosC cos Acos BcosC
cosCsinC +sinCcos dcosB ~_ SinC(cosC—cosAcosB) sinC[—cos(A+B)—cosAcosBJ
cos Acos Bcos C cos Acos BcosC cos Acos BcosC
= :;rsljz;I;iil:Si = tan A.tan B.tan C
Nhdn xét:

Cdch gidi trén la cach gidi twong doi cé dién, dwa vao phép bién doi so cap.

Ngodi ra chiing ta cé thé thuce hién phép bién doi theo hwéng khdc nhanh gon hon nhw sau

A+B+C=ne A+B=7-C—> tan(A+B)=tan(z-C) e A @E __ o0 c
1—tan 4.tan B

< tan 4 + tan B = —tan C + tan A.tan B.tan C <> tan A + tan B + tan C = tan A.tan B.tan C

BAI TAP TU LUYEN

Cau 1. Cho géc o thoa man sina =i. Tinh P=cos4«.

p_27 B. p=_>2%/ c.p=2%
625 625 625

Cau 2. Cho goc o thoa man sin2a = —%Vé 37” <a <z .Tinh P=sina—cosa.

3 3 \/g

A.p=— B.p=-— C. P=— D. P=—
J5 3

[9))

Cau 3. Cho goc o thoa mansin2a = % Tinh P =sin* a + cos* «

A.P=1 B.P=1—7 C.P:z D.P=2
81 9 7

Cau 4. Cho goc « thoa mﬁn%< a<7m va sina:? Tinthsin2(a+7z)
A.Pz—ﬁ B,P:% C.P:—2 D.P=£
25 25 25 25

1+sin2a +cos2«a

Céu 5. Cho goc o théa min0 < o <§ va sinaz%. Tinh P =

25 b P .
3 2 2 3

sina +cosa

A. P=

w| Gy

3 3 NG
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CAau 6. Biét sin(ﬂ'—a) = —%Vaﬂ <a< 37” . TinhP=Sln(a+gJ

3 3 —4-33 4-33

A P=—-= B. P=— C.P=——7-— D. P=
5 5 10 10

Céu 7. Cho goc « théa man cosa = % va 37”< a <27 . Tinh P=tan2«

120 g p__ 119 c. p_120 . p_ 119

119 120 19 120
Céu 8. Cho géc « théa man cos2a = —%. Tinh P = (1 +3sin’ a)(l —4cos’ a)

A.pP=12 B.P:% C. P=6 D.Pzg

" , \ ~ 3 3z , _ %
Cau 9. Cho goc « thoa man cosa =2 va 7<oc<27r.T1nh P=cos 3

:3+8Jﬁ B.st—;;/i e p 3\/§+I b Pe 3J§8ﬁ

Cau 10. Cho géc o théa man cosa ——? vazr<a< 37 Tinh P= tan{a— J

lA.PZ_l B,P:l

= C. P=-7 D.
7 7

V/d
Cau 11. Cho géc « théoa man cos2a = —?Vé %< a <%. Tinh P = COS{za—ZJ

2 2
A.P=£ B.P=—£ C,pz_l D.P:l
10 10 5 5

Cau 12. Cho géc a thdéa man cosa = —?Vé‘lﬂ <a< 37” Tinh P = sing.cos3—a

A P=-2 B. P=2 c.r=-2 D.P=2

50 50 50 ) 50

Sr V4
Céu 13. Cho goc o théa man cot 5 =2.Tinh P=tan a+z
A. P=— B. P=—— C. P=3 D. P=-3
2 2
Cau 14. Cho goc o théa min cota =15. Tinh P =sin2a
LY B.p=12 c.p= p. p=1L
113 113 113 113

Cau 15. Cho goc « théa min cota = —3/2 va %< a <rz.Tinh P= tanngcot%
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A. P =219 B. P =219 C.pP=419 D. P=-19

" , \ o 4 3r. , .o a
Cau 16. Cho géc o thdéa man tana =73 ae 7,27T . Tinh P =s1n5+cosa

5 5
A. P =5 B.P=-5 C.P:—g D.Pz%
Céu 17. Cho gbc « théa man tana = 2. Tinh P = —S12%
cosda +1
A p=l0 B.P=— c.p--1 D.P-——
9 10 9 10

Cau 18. Cho goc o thoa min tana+cota <0 va sina =%. Tinh P =sin2«a

A.P:ﬁ B.P=_ﬁ C.P:& D.P=_&
25 25 25 25
Céu 19. Cho géc « thoa man %< o < 7 va sina+2cosa =—1. Tinh P =sin2a
246 26
A p=2 B.P=i c.p--24 D.Pz—i
25 5 25 5
) 3 . Tl . s
Cau 20. Cho géc o thda man sina =§. Tinh P = sm[a +EJ sm[a—gJ
po 1l po_ L c.p=_L p. p=10
100 100 25 11

Cau 21. Cho goc lugng giac . Trong cac khang dinh sau, khang dinh nao sai?

A. cos2a =1-2sin*a B. cos2a = cos® o —sin’ &
C. cos2a =1-2cos’ & D. cos2a =2cos’ o —1
. ) 3 T 37w ) o 21z
Cau 22. Cho sina ==, €| —;——|. Tinh gia tri cOs| & ———
5 2 2 4
2 TN2 2 T2
e T
10 10 10 10

. ; _ 3
CAu 23. Cho tanar=2. Gid tri bidu thirc p = SINE =308 & 1y
cosa +2sin” a

A. 1 B. ] C. 7z D. 2
3 21 11 7
Cau 24. Biét sina=i;cosb=§;£<a<ﬁ;0<b<£.H5ytinh sin(a+b)
13 52 2
A. 56 B. 63 C. _33 D. 0
65 65 65

Trang 20



A A <A N : 5 T 3 T \ .y . I 5 IS I
Cau 25. Néu biet rang sina =E 5 <a<rm|; cosf =§ 0< ,5<E thi gia tri ding cua bi¢u thuc

cos(a—p) la
N b 16 o8 b 18
65 65 65 65

Cau 26. Cho hai goc nhon a;b va biét raing cosa = %, cosh = % . Tinh gi4 tri ctia biéu thic

P=cos(a+b).cos(a—b)

RLE g, 13 c. 7 p. 19
144 144 144 144

Cau 27. Néu a;b 14 hai goc nhon va sina = % , sinb = % thi cos2(a +b) c6 gia tri bang

7-246 7+26 7+4/6 7—4/6
o 1=2e g 126 o 1o p, =46
18 18 18 18
Cau 28. Cho O<a,ﬂ<%véth6amﬁn tana=%,tanﬂ=%.Géc a+ [ co gia tri bang
AT B.~ c.” p.”
3 4 6 2

Cau 29. Néu sina —cosa = %(135O <a<180° ) thi gi4 tri cia biéu thirc tan2abang

A -2 B. 2 c.z p.-2
7 7 7 7
Cau 30. Néu tan(a+b) =7, tan(a—b)=4 thi gid trj diing ctia tan2ala

gLl p 1l . b E
27 27 27 27

Cau31l.Cho 0<a < % Khang dinh nao sau day dting?
A.sin(a-7)>0 B. sin(a—7)<0 C. sin(a-7)<0 D. sin(a-7)>0

Cau32.Cho 0<a < % Khang dinh nao sau day dung?
V4 V4
A. cot[a+3J >0 B. cot[a+3J >0 C. tan(a+7)<0 D. tan(a+7)>0

Cau33.Cho 7 <a < 37” Khing dinh nao sau day dung?

A. tan 3—”— <0 B. tan 3—”— >0 C. tan 3—7[— <0 D. tan 3—”— >0
2 2 2 2
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Cau 34. Cho £y < a < 7. Xac dinh dau cua biéu thuc M = COS(—EJraJ .tan(;r—a)
A.M=>0 B.M >0 C. M<0 D. M <0

Cau35.Cho r<a < 37” Xéc dinh dau cua biéu thuc M = sm[a— J .cot(;z+a)

A.M=>0 B. M >0 C.M<0 D. M <0
Cau 36. Véi goc o bat ki. Khang dinh nio sau day ding?

A. sin2a?* +cos’ 2a =1 B. sin(a2)+cos(a2):1

C. sin’ o +cos’ (180° — ) =1 D. sin’ & —cos® (180° —a) =1

Cau 37. Dé tan o c6 nghia khi
T

2

A.a=%

Cau 38. biéu kién trong dang thic tana.cota =1 1a

B. =0 C.azxZ+kr D. a#krx

A.aik%,kez B.a¢%+k7r,keZ C.a+krkeZ D.a¢%+k27r,keZ

\ . Vs T
Cau 39. Diéu kién d€ biéu thirc P= tan[a +§J + cot[a —g} xac dinh la

A.a¢%+k2ﬂ,keZ B.aizTﬂ+k7r,keZ C.a¢%+k7r,keZ D.ai—%+k2ﬂ,keZ

Ciu 40. Ménh dé nao sau day la ding?

A. sin60° <sin150° B. c0s30° < cos60° C. tan45° <tan60° D. cot60° > cot240°

Cau 41. VG6i moi @ €R thi tan(20177z' + a) bang

A. “tana B. cota C. tan o D. —cota
. T )
Céu 42. Don gian biéu thirc 4 = cos(a _EJ + sm(a - 7z), ta dugc
A. A=cosa+sina B. A=2sinax C. A=sina.cosa D. A=0
. Vs ) oz
CAu 43. Rut gon biéu thic S = COS[E_XJ s1n(7z—x)—s1n[5—xj cos(7 —x) ta dugc

A. S=0 B. S=sin*x—cos’x  C. S=2sinxcosx D. S=1

Ciu 44. Cho P=sin(z+a).cos(r—a) va Q:SIH{E_ J.cos[5+aj . Ménh dé nao dudi day 1a

dang?

A.P+0=0 B. P+0=-1 C.P+0=1 D. P+Q0=2
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Cau 45. Biéu thtrc luong giac {sm (% - x] +sin (107 + x)} + Kcos[%r -~ xD +cos (87 — x)} co gia tri

bang?
A1 B. 2 C. l D. §
2 4
Cau 46. Gid tri biéu thirc P={tan177”+ta ——x } + cot—+cot (77 - x}
A. .12 B. 12 C. D.
sin” x cos” x sin’ x cos’ x
A , \ o 12 .« i
Cau 47. Cho géc « théa man cosa = —Eva By <a <z .Tinh tan a
A. tanozz—2 B. tanozzi C. tanozz—i D. tano:z2
5 12 12

Cau 48. Cho goc o théa man tana =2 va 180° <« <270° . Tinh cosa+sina

A.P:—¥ B.P=1-+5 C.P=¥ D.P=%

Céu 49. Cho goc o thoa méan sina = % va 90° <@ <180° . Khang dinh nao sau day dung?

A. cota =—i B. cosa =i C. tana =i D. coso:z—ﬂ
5 5 5 5
Céau 50. Cho goc a théa méan cota =% va 0° < <90° . Khang dinh nao sau day dung?
A. coso:z—i B. cosa =i C. sino:zi D. sina =—ﬂ
5 5 5 5
Cau 51. Cho goc o thoa min sin => va Z < x <z . Tinh P = — 0% _
5 2 1+tan” o
A. P=-3 B.P=g C.P=£ D.Pz—z
7 25 25

A . e 1 .z . T
Cau 52. Cho goc o théa man sm(;r-i—a):—g va 3<a<7r.T1nh P =tan 7—0{

V2
4

A. P=2V2 B. P=-22 C. P= D. P=—

V2
4

Cau 53. Cho géc o thdéa man cosa =% va —%<a<0.TinhP= J5+3tana +/6 - 4cota

A.p=4 B.p=-4 C. P=6 D. P=-6

Cau 54. Cho goc « théa man cosa =% va %< a <%. Tinh P:\/tanza—2tana+l
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Cau 55. Cho goc

A P=
2

Cau 56. Cho goc

_30

A. P=
11

Cau 57. Cho goc

A p=_2

9

Cau 58. Cho goc

15
13

A. P=

Cau 59. Cho goc
A. P=—
13

Cau 60. Cho goc

AP=-2
13
Cau 61. Cho goc
A. P =2
13

Cau 62. Cho goc

A P=2
16

Cau 63. Cho goc

o1

A. P=
125

Cau 64. Cho goc

B.

p=1
3

c.p=L
3

/4 T T .
« thoa 3< a<2xva tan[a+z =1. Tinh chos{a—gj +sma

J6-243

B. P=——
o théa man tanaz—g va §<a<7r.TinhP:
B.
o thoamin tan@=2. Tinh P =
B.
a thda man cota =§. Tinh P =
B.
a théamantanag =2. Tinh p =
B.
« théoa man tana = % Tinh p =

B.

J6+24/3

4

3l

pP=
11

p=2
9

15

P=
13

P=—
65

p==
19

c.P=-"
2

=

C. P=
11

3sina —2cos«a

Scosa +7sina

cr=-2

19

3sina +4cosa

2sina —5cosa

C. P=-13

sin’ @ —cosa
sina —cos’ a

2sin’ @ +3sinacosa +4cos’ o

5sin*a +6¢cos’ a

9

C.P=——
65

2sin’ @ + 3sina cosa — 4 cos’ &

2

C.P=-=
19

a thoa man tana=5. Tinh P =sin* a — cos* «

B.
, o . 5 i .
« théa min sina +cosa = v Tinh P=sina.cosca

B.

_10

pP=
13

P-2
32

11

C. P=—
13

C. P=

5cos’ @ —sin’ «

D. P=—
4
. p=2
11
D. p="
19
D. P=13
_24
29
D.P=->
19
. p=12
13
D.P=1
8

\ Y 12 . . , )
o thoa man sin @ cosa :E va sina+cosa >0. Tinh P =sin® a + cos’ «

B.

, N T . S .
a théamin 0 < <Z sma+cosa=7. Tinh s o —coso

_®

P=
25

c.p=t
5

D. p-L
9
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A P=—
2

Cau 65. Cho goc
A. P=2-m
Cau 66. Cho goc

A.pP=1
Cau 67. Cho goc
A. P=100

Cau 68. Cho goc
A.pP=12
Cau 69. Cho goc

A.pP=1
Cau 70. Cho goc

A. sina = —i
13

Céu 71. Rt gon biéu thirc 4 =

A. tan X
2

A. l sin2a
2

Cau 73. Pon gian biéu thuc 4 =

3
B.le c,Pz_l D.P=_£
2 2 2
o théa man sina+cosa =m. Tinh P =|sina —cosa
B. P=2-m’ C.P=m*>-2 D. P=~2-m’
o thoa man tana+cota=2. Tinh P = tan” a + cot’
B.r-2 C. P=3 D.p-4
o thoa man tana+cota=5. Tinh P = tan® a + cot’
B. P=110 C.pr=-112 D. P=115
) L 2 5 X
a thoéa man Slna+cosa:7_ TinhP =tan” o + cot” &
B.P-14 C. P=16 D. P=18
« thoa man %< a<rx vatana—cota=1. Tinh P=tana+cot o
B.p--1 C.P=-+5 D.P=4/5
a thoa man 3cosa+2sina =2 va sina<0. Tinh P=sinx
B. sina = —l C.sing = —2 D. sina = —2
13 13 13
) X
sin x +sin —
. duoc két qua 1a
1+ cosx +cos—
2
.| )
B. cotx C. tan Z— D. sinx
Céu 72. Rt gon biéu thitc 4 = sin a..cos’ & —sin® a.cos
1 . 3. 1.
B. —Esm 4o C. =sinda D. —sin4a
1-cosa +cos2a £ 1y
- . thu dugc ket qua la
sin2a —sin o
B. tan « C. cota D. cos2a

A. sin2¢

Cau 74. Bién ddi biéu thirc sina+1 thanh tich

. . a T a T
A. sina+1=2sin| —+—|cos| ———
2 4 2 4

. ) T T
C.sma+1=2sin| a+—|cos| a——
2 2

) A T
B. sina+1 :2cos(a +—js1n(a——j
2 2

. a 7| .la =&
D. sina+1=2cos| —+—|sin| ———
{2 4J [2 4J

Cau 75. Néu sin x + cos x = % thi sin2xbang




A2 B.>
4 8

Ciu 76. Trong cac khang dinh sau, khang dinh nao sai?
a—>b
2

. . a+b .
A. sina —sinb = 2cos sin

C. sin(a—b)=sinacosb—cosasinb

C.

V2 3
2 4

B. cos(a—b)=cosacosh—sinasinb

D. 2cosacosb = cos(a—b)+cos(a+b)

. . S|z 3 74 o
Cau 77. Cho hai goc «,  théoa méan SlnaZE, 5<a<7r VéCOSﬂzg, 0<ﬂ<5 . Tinh gia tri

dtng cuia cos(a— )

N

. B. -8
65

65

Cau 78. Ménh dé nao sau déy sai?

A. -1<sina<Il;-1<cosa <1

cosa
C. cota =

Sin o

(sina #0)

sin
B. tana =

C. 18 D. 16
65

65

0
o (cosa #0)

D. sin’ (2018«) + cos’ (2018a) = 2018

Céu 79. Rit gon bicu thirc M = (sinx + cos x)2 +(sinx — cos x)2

A. M =1

Ciau 80. Rut gon biéu thirc M = tan x —tan y

sin(x +
A M—tan(x—y) B -SSR
COS X.COS ¥
Céu 81. Ménh dé nao sau day dung?
.4 4 1 3
A. sin” x+cos” x =—+—cos4x B.
4 4
4 4 3 1
C. sin” x+cos” x =—+—cos4x D.
4 4
Ciu 82. Ménh d& nao sau day ding?
A. sin® x—cos* x =1—-2cos” x B.

C. sin* x—cos* x =1-2sin’ x

Céu 83. Rt gon biéu thirc M =sin® x + cos® x

A. M =1+3sin® xcos® x B.

C. le—gsinzx D.

Céu 84. Ménh dé nao dudi day dung?

A. cos3x.cosS5x = %(cos 8x + 08 2x) B.

B. v =2 C.

M =4 D. M =4sinx.cosx

M= sin(x—y)
COS X.COS y

D. = tanx —tan y
I +tanx.tan y

. 5 3
sin® x + cos* x =§+§cos4x

. 1 1
sin® x + cos* x = —+Ecos4x

-4 4 2 2
sin" x—cos x=1-2sin" x.cos” x

D. sin® x—cos* x =2cos’ x—1

M =1-3sin’ x

M =1—§sin2 2x
4

cos3x.cos5x = %(cos 8x —cos 2x)
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C. cos3x.cos5x = %(cos 2x —cos8x) D. cos3x.cos5x = %(sin 8x +sin 2x)

Ciu 85. Chon dang thirc diing

,| # a| 1-sina | # a| 1+sina
A. COS" | —+—| = B.cos”| —+—| =
4 2 2 4 2 2
| T a 1—cosa | T a 1+cosa
C.cos’| —+—| = D.cos’| —+—| =
4 2 2 4 2 2
sin(y—x
Ciu 86. Goi M =#thi
sin x.sin y
A. M =tanx—tany B. M =cotx—coty
C. M =coty—cotx D. m = .1 - .1
sinx siny
Cau 87. Goi M =cosx+cos2x-+cos3x thi
1
A. M:2cos2x(cosx+1) B. M:4cos2x.[5+cosx]
C. M =cos2x(2cosx—1) D. M =cos2x(2cosx+1)
Ciau 88. Rut gon biéu thirc M = w
2cos” x—1
A. tan2x B. sinx C. 2tanx D. 2sinx
Céu 89. Rt gon biéu thirc 4 = L cosx:r COS2x + €08 3x
2cos" x+cosx—1
A. cosx B. 2cosx—1 C. 2cosx D. cosx—1
Cau 90. Rut gon biéu thic A4 = fana - cota +cos2a
tana + cota
A. 0 B. 2cos’ x C.2 D. cos2x
Cau 91. Rt gon biéu thirc 4 = I+ s%n 4a — cosda
1+sin4a +cosda
A. sin2¢a B. cos2a C. tan2¢ D. cot2«x

sin? 2a +4sin® @ —4sin*a.cos’a ;.. ..z
co gia tri bang

Ciu 92. Khi o = thi biéu thuc 4 = Sin -
6 4—sin“2a-4sin“ a

A. l B. l C. l DL L
’ ¢ 9 12
Cau 93. Rut gon bidu thic A = SN2&FsNa
1+ cos2a +cosa
A tana B. 2tan«& C. tan2a +tana D. tan2q

1—sina —cos2a

Céu 94. Rt gon biéu thirc 4 = —
sin2a — cosa
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A.1 B. tana C. % D. 2tana
, T T

Cau 95. Rut gon bicu thire M = cos’ [Z+aj —cos’ [Z— ]

A. M =sin2«a B. M =cos2«a C. M =—cos2ca D. M =—sin2a
Cau 96. Ménh dé nao sau day 1a ménh dé sai?

A. COSX—SIinx = 2005[x+%} B. cosx+sinx:\/§sin{x+%J

C. cosx—sinx:\/asin[x—%J D. sinx—cosx:\/zsin[x—%J
Cau 97.Néu «a, 3,y la ba goc nhon thoa man tan(a + B).siny =cosy thi

A.a+ﬂ+7/=% B.a+ﬂ+7/=% C.a+ﬂ+7/=% D.a+ﬁ+7/=37”

Ciu 98. Néu sina.cos(a + B) =sin B Vdia+ﬁ¢%+k7z, a¢%+l7r (kleZ) thi
A. tan(a+f)=2cota B. tan(a+f)=2cotf C. tan(a+p)=2tanf D. tan(a+f)=2tanc

Cau99. Néu o+ B+ =% thi cote +coty = 2cot B thi coter.coty bing

A3 B. -3 C.3 D. 3
Cau 100. Néu tan ¢ va tan £ 13 hai nghiém cua phuong trinh x* — px+¢ = 0(q # 0) thi gia tri biéu thirc

P=cos’(a+ f)+ psin(a + f).cos(a + ) +gsin’ (a + B) bing:

A. B., C.1 D.

A k!

Cau 101. Tim gi4 tri 16n nhat a7 va gi4 trj nhé nhatm cua biéu thirc P = 3sinx—2

A M=1,m=-5 B.M=3m=1 CM=2m=-2 D.M=0,m=-2
Céu 102. Cho biéu thuc P=-2 SiIle +§J +2. Ménh dé nao sau day la ding?

A. P>-4,Yx eR B. P>4,VxeR C. P>0,VxeR D. P>2,VxeR
Cau 103. Biéu thirc P = sin[x +%J —sinx co tat ca bao nhiéu gia tri nguyén?

Al B. 2 C.3 D. 4
Cau 104. Tim gia tri 16n nhat » va gia tri nho nhét m ciia biéu thirc P =sin® x + 2cos” x

A M=3m=0 B.M=2m=0 C.M=2m=1 D.M=3m=1
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Ciu 105. Goi m ,m lan luot 13 gia tri 16n nhat va gia tri nho nhét cua biéu thire
P =8sin’ x + 3cos2x . Tinh 2M —m?*
A. 1 B. 2 C.112 D. 130

Céu 106. Cho biéu thuc P = cos* x +sin* x. Ménh d& nao sau day la dung?

2
A. P<2,¥x eR B. P<1,VxeR C. P<\2,¥xeR D. Ps%,w eR
Cau 107. Tim gia tri 16n nhit s va gid tri nho nhat m cia biéu thic P =sin* x —cos* x
A M=2,m=-2 B.M=2,m=—2 C.M=1,m=-1 D.M=1,m=%
Cau 108. Tim gia tri 16n nhaty va gid tri nhé nhat m cla biéu thic P =sin® x + cos® x
A M=2m=0 B.M=1,m=l C.M=1,m=l D.le,mzo
2 4 4
Cau 109. Tim gia tri 16n nhat u va gia tri nh6é nhat m cta biéu thirc P =1—2|cos3x|
Ao M =3,m=-1 B. M =1,m=—1 C.M=2m=-2 D. M =0,m=-2
A g1 L, o 1A , . 2 . T
Cau 110. Tim gia tri 16n nhat cta biéu thirc P =4sin x++/2sin 2x+z
A2 B. 2 -1 C.\V2+1 D. V2 +2

Céu 111. Cho hinh thang can ABCD c6 day nhé 45 , day 16n CD. Biét AB= AD va tan BDC = %

Tinh gié tri ciia cos BAD
7 B. c. L p. -7
25 25 25 25

Céu 112. Cho bét déng thirc 24 +—

64cos* 4

—(2cos2B +4sin B) + % <0,4,B,C laba goc cua tam giac
ABC. Khang dinh dang 1a?

A. B+C =120° B. B+C =130° C. A+B=120° D. 4+ B =140°

PAP AN VA LOI GIAI BAI TAP TU LUYEN
1-B 2-A 3-C 4-A 5-D 6-D 7-C 8-D 9-B 10-A
11-B |[12-D [13-D |[14C |[15-A [16-C [17-C |18-B |19-C |20-A
21-C | 22-A [23-A [24-C |25-B [26-D |[27-D |28-B [29-D |[30-A
31-C [32-C [33-B [34-B [35D |[36-C [37-C |38-A [39-C |40-C
41-C | 42-D |43-D |[44-A |45-B | 46-C [47-C | 48-A |49-D |50-C
51-D |52-B |53-A |54-B [55-C [56-B |57-D |58-D |59-A |60-D
61-D [62-B |63-A |64-D |65-D |[66-B |67-B |68-B |69-C |70-A
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71-A 72-D 73-C 74-A 75-D 76-B 77-D 78-D 79-B 80-C

81-C 82-A 83-D 84-A 85-A 86-B 87-D 88-D 89-C 90-A

91-C 92-C 93-A | 94-B 95-D 96-C 97-B 98-C 99-C

100-C

101-A | 102-C | 103-C | 104-C | 105-A | 106-B | 107-C | 108-C | 109-B

110-D

111- 112-

2
Cau 1: P =cosda =2cos’ 2a—1:2(1—25in2(z)2—lzz[l—z.ﬁJ —lzi27 Chon B.

25 625
N 3z sina >0
Ciu2: Do—<a<r= =P>0
4 cosa <0
Lai co: p? =(sin0¢—cosa)2 =1-2sinacosa =1-sin2a =%:> P:%-Ch‘?n A.
5

A . . 2 . . 2
Ciau3: P=sin*a+cos*a = (sm2 a + cos? a) —2sin’ acos’ @ =1-—=(2sinacosa)

N | =

2
=1—lsin22a=1—l. 2 =Z.Ch(_)n C.
2 23 9

Cau4: P=sin2(a+7)=sin(2a +2r)=sin2a =2sina cosa

< , T \ . 9 3
Mait khac 5<a<7z:>cosa<0 va cos’a =1-sin*a@ =— = cosa = —=

4 —24

Suyra P=2. ._—3:—. Chon A.
55 25

1+sin2a +cos2a _ (1+cos2a)+sin2a  2cos’ a+2sinacosa

Caus: P= - - -
sina +cosa sina +cos o sina +cosa
2cosa(sina +cosa)
= - =2cosx
sina +cos o
T N N 2 ) 5 \/g 2\/§
Do O<a<5 nén cosa>0va cos” o =1-sin a:—:>cosa=Tz>P=T. Chon D.

Cau 6: Ta cé: sin(;r—a)z—%@ sinaz?: coszozzl—sinzazE

RY/4 4
Do 7r<a<7:> cosa<0:>cosa=§

a, ) V4 ) T . T 3. 1
Khi d6 P:sm[a+gJ :smacosg+cosasm—:—sma+Ecosa
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Cau 7: Do 3?”<a<27r nén sina <0, mat khac sin2a=1—cos2a=%:> sinoz=_1—132

-12 5
Lai cé: P = sin 2¢ _ 251n025cosa _ 13 213 :@.Chgn C.
cos2a  2cos  a-—1 5 5 : 119
13
2 1
2co8’ a—1=—= cos’ o = — 5 1 7
Cau 8: cos2a =—-—< = 6:>P= I1+3.—|| 1-4.—| =—.Chon D.
. 2 . 5 6 6 6
1-2sin" ¢ =—— sin“ o =—
3 6
Céu 9: Do 3—ﬂ<0:<27r::>sin0(<0,laicc') sinzazl—coszazl—izl
2 16 16
. 7 13 V3 7 3-421
Suy ra sina =———_khi d6 P =cos LA =lc0sa+—3sina=—.—+£.i= .Chon B.
4 3 2 2 24 2 4 8
Cau 10: Do 7r<a<3—”:>sina<0,laic() Sin2a=1—COS2a=l—E=i
2 25 25
. -3 3 7| tana-1 -1
Do désing =— = tana =—,P=tan| a——| = =—_Chgn A.
4 4 I+tanax 7
A V4 V4 /4 . . . . ) 16 9
Caull: Do —<a<—= —<2a <z =sin2a >0,laicd sin" 2aa =1-cos" 2aa=1—-—=—
4 2 2 25 25

Suy ra sin 2« =%, P:cos[Za—%J = cos2acos%+sin2asin%:72(c052a+sin2a)

= Y2 ChonB.
2 5°5) 10

:ﬁ[_mj -2

n . 1, . . 1 . ) 1 .
Cau 12: P=s1ng.cos3—a=—(s1n2a—sma)=—(251nacosa—sma)=—s1na(2cosa—l)
2 2 2 2 2
Mat khac 7z<a<37”:> sing <0 = sina = —1—-cos’ & :_73

1 3,4

Dodo P=——| 2.—-1 =£.ChgnD.
25 5 50

Cau 13:

cot[%r— J :2<:>cot[7r+%—aj :2<:>cot[%— J =2 tana =2

T
tan o + tan —
J =-3. Chon D.

Khi d6: P =tan a+Z| = 4 :2+1
T 1-2
l—tanoztanZ
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2sin @ cos &

. —
Ciu14: P —sin2g — 2sinccosa sin? _ 2cota 30 :E.Chgnc.

sina+cos’a  sinfa+cosla  l+cotla 1+15% 113

sin’ &

. a a .,«a ,a
sin— cos— sin” —+cos” —
2 2 2

a 1 2
Ciu 15: P=tan—+cot—= + = = =—
2 a . «a . a a sina  sing
cos— sin— sin — cos —
2 2 2 2 2

9 , T . . . 1
Mitkhaic —<a <7z =sina >0, ma 1+cot’ @ =——— = sin’ a = —
2 sin” « 19

Suy ra sina:LjpzzJﬁ.ChgnA.

J19
V2

. a
0<sin—<—
. , RY/4 o RY/4 2 2
Caul6: Taco: ae| —;2n| =>—¢€ Tl =
2 2 72

“1<cos L < -N2
2 2

2
SuyraP=sin%+cos%<O,ta co: P? =(sin%+cos%} =1+2sin%cosz=1+sina

. 4 3 . 2 1 16
LaicOtanag = —— = cota = —— = sin o0=———>="—
3 4 l+cot“a 25

Ma ae(?’?ﬂﬂﬂJ :>sinoc<0:>sina=?:>P2 =%:>P=—L.Ch9nC.

NG

) sin 2« sin 2 1 2tana sin’ a +cos’ a
Caul17: P= = 5 =tan2a. = —.
cosda+1 2cos 2 2cos2a l—-tan” « 2(cosza—sin2 a)

2
-2 tan"a +1 _ _1O.Ch(_)n C.

14 1-tan’« 9

Cau 18: Cho géc « thoa man tana+cota <0 va sina = % Tinh P =sin2a

p_ Ao g po 4o . p20

A. P= . .
25 25 25 25

HD: Do tana = nén tan o Vacote cung dau

cota

. 11s . 1
Mait khac tana +cota <0 = tana <0 , do sma=§>0:>cosa<0

Khi d6 cosa =—/1-sin’ a = —¥ = P =sin2a =2sinacosa =_42_\5/6‘ Chon B.

" /1
Cau 19: Ta co 5<a<7z:>cosa<0

Trang 32



- , . 2
Mit khéc sin’ a + cos’ @ =1 < (-1-2cosa) +cos’ a =1< 5cos’ a+4cosa =0

Suy ra cosa =—§:> sina =§:> P =sin2a =2sinacosa =_2—254. Chon C.

Cau 20: P=sin| ¢+—|sin| ¢ —— | =| sinaxcos— + cos & SIn— SIN X COS— —COS & S1In—
6 6 6 6 6 6
NEX 1 B 1 3., 1, 3(3) 1, .,
=| —SImao +—Ccosx —SInaoa ——Cosa | =—SIn a&——CoS a4 =—.| — ——<1—Sll’l 0{)
2 2 2 2 4 4 4 4

5
27 1 9 11
=————|1-—| =——.Chon A.

100 4 25) 100

Cau 21: Ta cé cos2a =cos’a—sin’a=2cos’ a—1=1-2sin’ a. Chon C.

X 2z 200 . .21z N2,

Cau 22: cos a—T =cosa.cosT+s1nas1nT=—7(s1na+cosa)

2
Laicé: cosa=—1-sin’a =— —[%J =—%:cos£a—£} =£.Ch9nA.
1

4 10
sin o
-3 tan . -3 2
3 2 I+tan” o ).tana -3 |
Cau23: P= cos « —— = ZCOS a 3 :( 5 ) 3 =—. Chon A.
1 ) sina  l+tan"a+2tan"a l+tan"a+2tan” a3
cos’ a “cos’ a

Ciu 24: Ta ¢6 sin(a+b)=sinacosb +cosasinb

Ma cosa = —/1—cos’* a =—%; sinb = +/1-cos’ :%

Suy ra sin(a-i—b)zi 3 124 38 Chon C.

13’5 13°5 65

Cau 25: Ta c6 cos(a — B) =cosacos B +sinasin S

Ma cosa = —/1—cos’* =—%; sin,Bz«/l—cos2 =%
123 5
Suyra cos(x¢— f)=——.—+—.—=——_Chon B.

Y ( ﬂ) 13 5 13 )

416
565

Ciu 26: PZ%[ cos(a+b+a—b)+cos(a+b—a+b)} =%(cos2a+0052b)

. , 1)’ 7 , 1) 7
Laico cos2a=2cos"a-1=2| —| -1=——; cos2b=2cos"b—-1=2.| —| —-1=——
3 9 4 8
. 1 7 7 119
Vay P=—| ———| =———. Chon D.
20 9 8 144

Cau27:Taco P = cosL 2(a+b)J =2cos’(a+b)-1
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Lai c6 cos(a+b)=cosacosh—sinasinb

261 7-4J6
18

= P=
6

—J1—sin a~/1—sin®b —sina.sinb =

. Chon D.

+
AW

1
tano +tan B 7
l-tana tan 1

Cau 28: tan(a + f) = :13a+ﬁ:%.Ch9nB.

FN N

1

7
5

Cau 29: sin’ a +cos’ a =1<:>sin2a+(%—sinaJ =1c>2sin2a—gsina—§=0c>sina =%

4

2.~
Suy ra cosazsina—%zgz tana=§:> tan2a = 2tana 3 =—§.Ch9nD.

l—tan’a 1_(4j2
3

tan(a+b)+tan(a—b) 11 Chon A
277 T

Cau 30: tan(24)= tan[ (a +b)+(a_b)] - I-tan(a+b).tan(a—b)

T Vs )
Cau 31: Do 0<a<5:>05—7r E[—ﬂ;—EJ = sin(a—7) <0. Chon C.
T T T
Cau32:Do O<a<—=>—<a+—<rm=cot| a+—| <0
2 2 2 2
Mt khéac tan(a +7)=tana <0. Chen C.
RY/4 T
Cau 33: Ta cotan 7— = tan 5— =coto

Mat khac 7r<a<37ﬁ:>cota>0.Ch9nB.

Céu 34: Tacd M =cos| —~+a tan(z—a) =cos z_ tan(z—a) =sina.(-tane) _osin‘a
2 2 CoSx

Do%<a<7r:>cosa<0:>M>O.ChgnB.

cos’ o

|z
Cau 35: Tacé M =sin| ——a|.cot(7+a)=cosa.cota =—
2 sina

Mat khac 7r<a<37”:>sina<0:>M<O.ChgnD.

Cau 36: cos(180° —ar) = —cosa = cos” (180° —ar) = cos’ &

Do d6 sin® & +cos’ 2(180° —a) =1. Chen C.

Cau 37: tan o c6 nghia khi cos@#0 < o # §+ kz . Chen C.
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Cau 38: tana.cota =1 < sina.cosa #0 < sin2a# 0o 2a+kr< a+# ]%T Chon A.

cos[a+§}¢0 a+Z 2% Lin
3

Cau 39: Biéu thirc P xac dinh khi ( Sa# %+ kz.Chon C.
sin| a—

zJ;tO a—zikﬂ
6 6

Cau 40: Ta c6 sin150° =sin30° nén sin60° >sin150° , cos30° > cos60°
tan45° <tan60° va cot60° = cot240°
Khang dinh ding 1a C. Chon C.

Cau 41: Do tan(a +k7z)=tana = tan(20177 + ) =tanc. Chen C.
Cau 42: 4 :cos[a—EJ +sin(a—7) :COS(E_ ] —sin(z—a)=sina—sina =0. Chen D.

Cau 43: S =sinx.sinx —cosx.(—cosx) =sin’ x +cos’ x =1. Chen D.

Caud44: P=sin(7+a).cos(z—a)=(-sina).(~cosa) =sina.cosa

Lai céQ:sm{E— J.cos{5+aj :cosa.cos[g—(—(z)J = cosa.sin(—a) = —sinacosa

Do doé P+ Q =0.Cheon A.

Cau 45: [sin(%—x]+sin(10ﬂ+x)}2 +Hcos(3§—xj}+cos(87z—x)}

2
= (cosx +sin x)2 J{ —(cos%—x} + cos(—x)} = (sinx+ cosx)2 +(cosx —sin x)2

2

= 2(sin2 x + cos’ x) =2.Chon B.

2
Cau 46: P={1+tan(%—x}} +[1+cot(—x)]2 =(1+cotx)2 +(1—COt)C)2 =2+2cot’ x

= 2(1 + cot’ x) = . Chon C.

sin” x

L2

Cau 47: tan* o +1=

— = tan’ o = — =
cos’ a cos” a 144

Métkhéc%<a<7r:>tana<0:>tanaz—%.ChgnC.

R sina <0
Cau 48: Do 180° < <270° =
cosa <0
e 1 , 1 | 1
Mat khéc tan’ @ +1 = —=>cos'a=———F—=—=>cosa=—
cos’ a l+tan’a 5 J5
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coas . — . -3
Khi d6 sine = tana.cosa = — = cosa +sina = — . Chon A.

NS NS

Cau49: Tacd 90° <a <180° = cosa <0

Mat khac cosza=1—sin2a=E:>cosa=_—4:>cota=C9sa=_—4
25 5 sina 3
Khing dinh ding 1a D. Chon D.
Cau50: Tacod 0° <a <90° = sina >0
< 11s 2 . 1 16 . 4
Mat khac 1+cot” o = ——=sin"a =————=—=sina=—. Chon C.
sin” o l+cot"a 25 5

Cau 51: Do %<a<7z:cosa<0:cosaz—\/l—sinza =?

Suy ra tana = Sna =_—3:> P=_—12. Chon D.
cosa 4 25

Cau 52: Ta c()sin(;r+a)=—%<:>—sina =—%<:>sina =%
22
3

Ve .
Mat khac E<a<7z:>cosa<0:>cosa=—\/1—sm2a =—

_cosa

Khi do P:tan[%—aj :tan[%—a] =cota =22, Chon B.

sina

Cau 53: Do—%<a<0:> sina < 0suy ra sina = —/1—cos’ & =?

sinaa -4

- —4 -3
Do dotana = =3 cota =T3suyra P:\/5+3.? +\/6—4.7 =4.Chgn A.

cosa

Cau 54: Ta co %<a<%:> sina >0 suyra sina =+1-cos’ a =%

Do d6 tana = 0% =§suyra P=+/tana —2tana +1 =wl(tana—1)2 =|tana — || =%. Chon B.

cCoOSx

T T T
CAu 55: Ta c()tan[a+ZJ =1<:>a+z=z+k7z<:>a=k7r

Do §<a<27r:>a:7r:> chos[a—%} +sinazcos£7z—%} +sinﬂ:%.Ch9nC.

A , T
Cau 56: Ta co 5<a<7z:>cosa<0

< T1s 1 9 3 . 4
Mait khac cos’ a =——— —=__-=>Csa=——=slna =tana.cosa = —
l+tan“ @ 25 5 5
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16 3
sina—cosa 25 5 31

Do d6 P = = —. Chon B.
sina—cos’a 4 9 11
5 25
3sina —2cosa
Cau57: P — 3sma—2c9sa _ cosa__ _ 3tana -2 :i.Chgn D.
5cosa+7sina  Scosa+7sina 5+ 7tana 19
cosa
3sina +4cosa
Chu 58: P — 351‘na+4cosa _ sina _ 3+4cota ~13. Chon D
2sina —Scosa 2sina—5cosa 2—-5cota

sino
Cau 59: Chia ca tir sO va mau so cho cos® o ta dugc

2
_2tan” g +3tana+4  24+3.2+4 :i,ChgnA

P 2
Stan“a + 6 54+6 13

Ciau 60: Chia ca tir sO va mau so cho cos® & ta dugc

1 1

2. 43, -4
2tan’ o +3tana — 4 8
P= e =—4—2 == ChonD.
S5—tan” o 5_1 19
4

Cau 61: P =sin*a —cos* a = (sin2 a —cos’ 05)(sin2 a + cos’ a) =sin‘a—cos’a=1-2cos’*

Laic():cosza:;zzi:le—izg.Ch(_)nD.
I+tan" @ 26 26 13

Cau 62: sina + cosa =%<:>(sin0:+cosor)2 =f—2<:>1+25inacosa =f—2

E

Suy ra P=sinacosa :in. Chon B.
2 32

Céu 63: P =sin’ a + cos’ a = (sina + cos 0()(sin2 a —sina cosa + cos’ a)

=(sina +cosa)(l —sina cosa)

Lai c6: (sina + cosa)’ =1+25inacosa=1+ﬁ=£
25 25

. ) 7 7 12 91
Mait khac sina +cosa >0 =sina+cosag=—=P=—| 1—— | =——_. Chon A.
) 5 5 25 125 )

(sina +cosa)’ =1+ 2sinacosa

Cau 64: Taco
(sina —cosa)’ =1-2sinacosa

. . . 3
Do d6 (sina +cosa)’ + (sina —cosa)’ =2 = (sina —cosa)’ = "
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T . . -3
Mat khac 0<a<Z:sma<cosa:>P:sma—cosa<0:P=T.Ch(_)nD.

. 2 .

A .. | (sina+cosa)” =1+2sinacosa
Cau 65: Ta co: _ , .

(sina —cosa)” =1-2sinacosa

Do d6 (sina+cosa)’ +(sina—cosa)’ =2 => (sina—cosa)’ =2—nt’

Do d6 P =|sina —cosa |= /2 —m* . Chon D.

Chu 66: P=tan’ a+cot’ o =(tana+cot )’ —2tanc.cota =4—2=2. Chon B.
Cau 67: P=tan’ a+cot’ = (tanr +cot r)’ —3tan ax.cot ar(tan o + cot x)

=5 -3.5=110. Chon B.

. 2
A sina  cosa
CAu 68: P=tan’ o +cot’ a = (tanax + cotx)” —2tan - cotaz[ + J -2

. 2 2 )2
| sin"a+cos”a 5 1 )
sina cos o (sinacosa)’

cosa sina

. 2 ) 1 . 1 .
Mit khac sma+cosa=7<:> (sina +cosa)’ =§:> 1+2sinacosa =— = smacosazj

Suyra P=16—2=14. Chon B.

Chu 69: Ta cé {(tan“ +cote)’ =tan’ @ + 2+ cot’ &

(tana —cotar)” =tan’ o — 2 + cot’ &

(tana+cota)’ —(tana—cotar)’ =4<>P° —1=4<P° =5, Chen C.

S - tana <0
Matkhac —<a <7 = :>P<0:P=—\/§
2 cota <0
Cau 70: Ta cé sin> o +cos’ @ =1 va cosa =2_2¥
. 2-2sina |’ ., 4-8sina + 4sin’ a
Suyrasin“a+| ———| =sin“a+ =1
3 9
sina =1
< 13sin*a-8sina-5=0&|
sing =——

13

Do sina < 0= sina =—%. Chon A.

X X
2sin > cos™ +sin sm[2cos+1]
2 2 2 2

Cau7l: 4= —tan 2. Chon A.

200s2£+c0s£ cosE 2cos£+1
2 2 2 2
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Cau72: 4=sinx cos(cos4 a —sin? a) = sino;cosoz(cos2 a —sin’® a)

A= %sin 2a.co82a = %sin 4¢ . Chon D

2
Cau73: 4 l1—cosa +cos2a 2cos” a —cosa _cosa _ cota . Chon C.

sin2a —sina 2sina - cosa —sina  sina

) ) . T la & a
CAiu 74: Ta cod: sina+1=sina+sin—=2sin| —+— | cos| ———| . Chon A.
2 2 4 2 4 )

Cau 75: Ta c6: (sinx +cosx)’ =i<:> 1+sin2x =%c>sin2x =—%. Chon D.

Cau 76: cos(a—b) =cosacosb+sinasinb. Chon B.

Cau 77: Ta co cos(a — f) = cosacos B +sinasin f§

Lai c6 cosa = —/1-sin’ a = —%;sinﬁ = /1 -cos’ =%
Viy cos(ar - f) == T

" =——_.Chgn D.

12
3 65

3 5
e
5 13
Céu 78: Ta c6 sin’(2018a) +cos’(2018c) =1 = Khéng dinh D sai. Chon D.

Cau 79: M =(sinx+cosx)’ +(sinx—cosx)’

=sin’ x + 2sinxcos x + cos’ x +sin” x — 2sin xcos x + cos’ x = 2(sin2 x + cos’ x): 2. Chon B.

~ sinx sin sinxcos y—sin ycosx  sin(x —
Cau 80: )7 =S¥ _siny _ y=sinycosx _sin(x=y) Cpon C.
COSX COSYy COSXCcos y cosxcos y

A . 4 4 .2 2 \? .2 2 1 . 2 1.,
Cau 81: sin” x + cos xz(sm X + cos x) —2sin” xcos x=1—5(2s1nxcosx) =1—Esm 2x
1 3+ cosdx
=1-—(1-cos4x)=———. Chon C.
4 4
Cau 82: sin* x —cos* x = (sin2 X +cos’ x)(sin2 x —cos’ x) =sin’ x —cos’ x —1—2cos’ x.Chon A.
" 6 6 (.2 2\ .2 2 . 2 2
Cau 83: M =sin’ x+cos’ x=(sin” x+cos” x| —3sin” xcos” x(sin” x+cos” x

=1-3sin’ xcos’ x =1 —%sin2 2x. Chon D.

Cau 84: Ta c6 cos3x.cos5x = %(cos 8x+cos2x). Chon A.

r z
T a 1+cos[2+aJ 1+cos£2—(—a)J 1+sin(—a) 1-sina

Cau 85: cos’| —+—| = = = = . Chon A.
4 2 2 2 2 2

A sin(y — x sin ycosx —cos ysinx  Sin ycosx coS ysinx
Ciu 86: p = SN =X) _ sinycosx—cosysinx _sinycosx cosysinx
sinx - sin y sin xsin y sinxsiny sinxsiny
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_Cosx cosy = cotx —cot y . Chon B.

sinx siny
Cau 87: M =cosx+cos2x+cos3x = (cosx+cos3x)+cos2x =2cosxcos2x+cos2x
=cos2x(2cosx +1). Chon D.

Chu 88: M — sm3x2— sinx _ 2cos2xsinx — 2sinx Chon D.
2cos” x—1 cos2x

Cau 89: 4 — 1+cosx+cos2x+cos3x 1+ cos2x+(cosx+cos3x)

2cos’ x+cosx—1 cosx+(2coszx—l)
2cos’ x+2cos2xcosx 2cosx(cosx+cos2x
=4 = = ( ) =2COoS X. Ch(_)ll C.
cosx +cos2x COSX +cos2x
sina cosa
n tana — cota i
Cau90: A=—" "7 4 cos2q =208¢ SN | (s2q

tan a + cot sin N cosa
cosa sina

sin® a —cos’ &
= SIMACOSAE 4 co52¢ =sin’ @ —cos” @ + cos 2a = 0. Chon A.
sin® o + cos” &

sin & cos

. ) ., .
Cau9l: 4 - l+sinda —cosd4a  1-cosda +sinda  2sin” 2a + 2sin2a cos2a

l+sinda +cosda 1+cosda +sinda  2cos’2a + 2sin2a cos2a

_ 2sin2a(sin2a +cos2a) tan 2¢.. Chon C

~ 2cos 2a(cos2a +sin2q)

Cau92: 4 sin’ 2a +4sin* @ —4sin’ e cos’ @ _ sin’ 2a + 4sin' o — (2sina cosa)’
4 —sin’ 2 —4sin’ « 4 —sin’ 2 —4sin’ «

sin’ 2a + 4sin’* a —sin’ 2« 4sin* «

—4sin* acos’* a +4(1 —sin’ a) —4sin* acos’ a +4cos” &

4sin* 4sin* 1
= 5 > a‘ — = sm4a =tan*@=—- Chon C.
4cos a(l—sm a) 4cos’ o 9

Cau93: 4 sin2a +sina_ 2sinacosa +sina _ sina(2cosa +1)  sina _ tang. Chon A
1+ cos2a +cosa 2cos’ a +cosa cosa(2cosa+1) cosa ' )
1—sina —cos2a 2sin’ a —sina sina(2sina —1

Cau94: 4= = = ( ) =tana- Chon B.

sin2a—cosa  2sinacosa—cosa cosa(2sina—1)

l+cos[72r+2aj l+cos(72[—2aJ
Cﬁu95:M=cos2[%+aJ—cos2{%—aJ = -

2 2

:l cos| Z+2a| —cos| X - 2a :l(—sianx—sin2a):—sin2a. Chon D.
2 2 2 2
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. . 4 . T
Ciu 96: Ta c()smxicosx=\/5sm[xin;cosx—smx: 2cos[x+ZJ. Chon C.

Céu 97: tan(a+ﬂ).sin;/=cosy@tan(a+ﬂ)=coty=tan[%—y} <:>a+,6’+y=§- Chon B.

Cau 98: sinaxcos(a + f) =sin f < %sin(2a + ) - %sinﬁ =sin S

< sin(2a + f) =3sin f < sin(2a + f)—sin f = %[sin(2a + ) +sin f]

sin(fa + ) ) sin B

< 2cos(a + B).sin f =sin(a + f).cos f < cos(@ + /) = “cos

Vay sin a.cos(a + f) = sin f < tan(a + f) = 2tan 5. Chon C.
Cau 99: cota +coty = 2cot[%—a —)/J =2tan(a +y)

tana + tan y cota +coty

& cota +coty =2, & cota +coty = 2.

l-tana.tany cotacoty —1

1= 2

=~ & cosa,coty —1=2 <> cosa.coty =3. Chon C.
cosa.coty —1

Cau 100: tan(q + g) = 0E @08 _ P (g thire Vi-et)
l-tanatan f 1-gq

P
Lai c6 —5—— =1+ p.tan(a + f) +g.tan’ (@ + fB)
cos” (a+ f)

2

5 1+p.L+ P 5
@P:l+p.tan(a+,3)+q.tan (a+ﬂ): I1-g (1-9) 1. Chon C
1+tan’(a + ) - P’ T

(1-g)’

Cau101: Co 1< sinx<1e 1< LF2

CﬁulOZ:Tac()ISSin[x+§JSI<:>—IS <1< 0<P<4. ChenC.

. ) V4 LT 1 . 3
Cau 103: P=sinx- cos§+cosx- smg—smx:—zsm)w?cosx

2 5 2
Laico —lsinx+£cosx < —l + ﬁ .(sin2x+cos2 x):1:>P2 <1
2 2 2 2

Do d6 -1<P<1ma PeZ - P={-1;0;1}. Chon C.

Cau 104: Taco P = 1—c§s2x +2.1+C252x =%+%Cos2x:> cos2x = 2P —3

<l -5<P<Ilsuyra M =1,m=-5. Chon A.
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M =2
Laico —1<cos2x<l&< -1<2P-3<1& 1<P<2= { { Chon C.
m =

Cau 105: Ta co : P=8.#+3cos2x=4—cos2x@ cos2x=4-P

M
Laicd —1<cos2x<1<-1<4-P<L1l< 3SPS5:>{ =2M —m’ =1. Chon A.
m=

Céu 106: sin® x +cos®* x = (sin2 X+ cos’ )c)2 —2sin” x.cos’ x=1— %sin2 2x
Suyra sin’2x=2-2P €[0;1] < 0<2-2P<l& %SPS 1. Chon B.
Cau 107: P =sin* x —cos* x = (sin2 x —cos’ x)(sin2 X + cos’ x) = —cos2x €[-1;1]. Chon C.

A (w2 ) 2V (2 2 .4 .2 2 4
Cau108: P=(sin" x) +(cos” x) =(sin” x+cos” x|){sin” x—sin” x.cos” x+cos x

4-4P

=sin® x + cos’ x—%sin2 2x =1—%sin2 2x—%sin2 2x =1—%sin2 2x = sin’ 2x =

4"4})31<:>%31351::>M=1;m=%Chan.

I_Pekazosl_P

Lai c6 sin® 2x €[0;1] nén 0 <

Cau 109: |cos3x |=

<1< -1< P<1. ChonB.

Cau 110: P=4.%+5in2x+0052x =2+sin2x—cos2x = 2+\/§sin[2x—gj

Lai ¢6 sin(2x—%] S1<:>2+\/§sin[2x—%J <2++2= P_ =2++/2. Chen D.

Cau 111: Ta c6 ABD= BDC (so le trong) = tan BDC = tan ABD =%

bat A,B?):a:Eﬁ):ﬂ—2a:>cos@)zcos(ﬂ—2a)=—cos2a

Lai ¢6 tanazi:coszaz%zﬁz cos2a = 2cos’ o —1= - Chon B.
4 l+tan"a 25 25

! —1l=cos* A+cos® 4+ !

Cau 112: Ta co cos2A+;=200s2A+—4 —
64cos” 4 64cos” 4

64cos* A

1 1 1 1
23.\/cos2 A.cos® A. — 1= 3 —l=——=cos24+——F—>——
64cos” 4 364 4 64cos” 4 4

Lai c6 2c0s2B+4sin B=—-2sin’ B+4sinB+2=-2(sinB—1)> +4<4

: > —(2COSZB+4SinB)+1—72—l—4+1—7:0

Suyra cos24+—+—
64cos” A4 4 4 4

Dau bang xay ra khi va chi khi cos 4 = %; sinB=0 = 4=60°; B=90°. Chon A.
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