Pé 1

Bai 1. Tim c4c gidi han sau:

2
a im2 "% b lim2x' 3x+12 c. lim 22! d. lim Y212
x—1 x—1 X—>—w0 =37 x=3 x>3 Q_x

Bai 2

m khi x>3
Xeét tinh lién tuc cia ham s0 f(x)= x—3 tai diem X, =3.

2x+1 khi x <3

Bai 3.

a.Tim dao ham cia ham s : y=xvx> +1
b.Cho y=%x3 -2x>—6x—8 . Giai bat phuwong trinh y’<0.

Bai4 a.Chohamsé y=>"1 (C)
x+1

Viét phuong trinh tiép tuyén ciia d6 thi ham sé (C) biét tiép tuyén song song véid : y =

x—2
5
b.Tim bdn sé nguy@n lap thanh mot cap s6 cong, biét tong ctia bon s d6 bang —8 va tich
cua bon s6 do
bang —15.

Bai 5. Cho hinh chép S.ABCD c06 day ABCD la hinh vudng canh a, SA vudng goc véi day , SA
=aV2.

a.Chtig minh rang cac mat bén hinh chdp 12 nhiing tam giac vudng,

b.Chimg minh rang: (SAC) L (SBD). Tinh géc giita SC va mp (SAB) .

¢.Tinh gdc gitra hai mat phang ( SBD ) va (ABCD) .

pé 2

Bai 1 : Tim cac gidi han sau :

2, _ 3 _
a lim L XTLEIX i (2% —Sx 1) c. lim 2221 d. tim ¥ 171
X—>—00 2x+7 X+ x—5" 5—X x—>0 X“+ X
Bai 2.
x’ —1 .
N e —— khi x=#1 , . 214 L o1en . 4.2
a. Chohamso f(x) = { x—1 . Xac dinh m dé ham so lién tyc tai diém X, =1.
2m+1 khi x=1

b. Chiing minh rang phuong trinh x* + x* —=3x? + x+1=0 ¢6 nghiém thudc (-1;1).

. < R W, s £ 2-2 :
Bai 3. Tim dao ham cuacachamso: a.y = ++lx b.y=+1+2tanx.
X —_

Bai4 Chohamsdy= x*—x*+3 (C). Viét phuong trinh tiép tuyén ciia ( C ):
a. Tai diém c6 tung dd bang 3. b . Vudng goc voi duong thangd : x -2y -3=0.

.. L2 u,+uUg=29 _, .
Bai5 Cho cap so cong (U, ) . Tinh u,, va S.

u,+u,=41



Bai6 a.choy=sin2x —2cosx . Giai phuong trinh y'=0 .
b.chof(x)= % 3 16-0. Giai phuong trinh f “(x) = 0
X" X

Bai 7. Cho tir dién OABC c6 OA , OB, OC d6i mét vudng goc va OA=0B =0C =a, | la trung
diém BC .

a. Chung minh rang : ( OAl) L (ABC).

b. Tinh gdc giita AB va mat phang ( AOI ) .

c.Tinh gdc giira duong thang Al va OB .

3 _ _ _ 2 _
Bai 1: Tim  a) lim 22 —20+3 ) jjy VX¥3 22 ¢) lim 20x-3 d) lim XXX 73
1—4n x—1 x° -1 x—>+002_3\/; X—>+00 X —2
Bai 2: Xét tinh lién tuc cua ham s
X +3x+2 .
f0=1" xs2 MMXFZ p diém x, =27
3, khix=-2

. R 3x-2
Bai 3: : Tinh dao ham: a =2sinx+cosx—tanx ; b)y= s o)y=(x’-3x+1).sinx; d
)y V= s Y )
y=+/14+2tan4x
A: e A A , e < . X s s U, — uU; = 8
Bai 4. Cho cap so cong (cac so hang 1a cac so duong) thoa man : U -
U7 =
Tim s6 hang dau u; va cong sai d cua cip sé cong?
Bai 5: Chohamsé f(x)=2x’-2x+3 (C)
a. Viét phuong trinh tiép tuyén cua (C) biét tiép tuyén song song duong thang y =24x+2011
b. Viét phuong trinh tiép tuyén cuia (C) biét tiép tuyén vuong goc duong thang y= —ix +2011
Bai 6. Cho hinh chép S.ABCD c6 day ABCD la hinh vubng canh a, SA 1L (ABCD) va SA = 2a.
a.. Chirng minh (SAC) L (SBD); (SCD) L (SAD)

b. Tinh gbc gitta SD va (ABCD); SB va (SAD) ; SB va (SAC);
c. Tinh d(A, (SCD)); d(B,(SAC))

x2+5-3 ) x2+2—3x 3x+2

Bai 1: Tim céc gi6¢i han: a. lim—— b, lim ~—~ -~~~ C. lim d.
x>-2  X+42 X—>—00  2x+1 -1 X+ 1
. 3x+2
lim
x—>-1" X +1
x2—x=2 .
Bai 2: Chohamsé f(x)=] x_p  <mx#2
m khix=2

a. Xét tinh lién tuc ctia ham sé khi m = 3
b. Vi gia tri nao cua m thi f(x) lién tuc tai x =2 ?
Bai 3:



a.Chimg minh phuong trinh x°- 3x* + 5x — 2 = 0 ¢ it nht ba nghiém phan biét trong khoang
(-2:5)
u,—us;+u, =65

.Tim s6 hang dau tién u, va cong boi q
u, +ug =650

b. Cho cép s6 nhan (u,)thoa mén {
ctia cap s6 nhan.
Bai 4: Tinh dao ham:

x3 10 1
a y=?+3x2—2x+l b. y=(x-D(x’+2)  c. y=(3x+6) d. Y=

y=\/x2+2x

Bai 5: Cho ham s6 y =X—+i c6 db thi (H).
<—
a.Viét phuong trinh tiép tuyén cua (H) tai A(2;3).
b.Viét phuong trinh tiép tuyén cua (H) biét tiép tuyén song song voi dudng thang y = —éx +5.

Bai 6: Cho hinh chdp déu S.ABCD c¢6 canh day bang a va canh bén bang 2a. goi O 1a tam cua day
ABCD.

a. Chtng minh rang: (SAC) L(SBD), (SBD).L(ABCD).

b. Tinh khoang cach tir diém S dén mp(ABCD),tir diém O dén mp(SBC).

¢. Dung duong vudng goc chung va tinh khoang cach giira hai duong thang chéo nhau BD va
SC.

Pe 5
. . ) ) o x+3 . X' +8
Bai 1 Tinh g|01 han sau. a. lxljil;l( X +5—X) b. I}EI;IX 9 . xe—Zm'
lim X—2Xx—
ol x2 —12x+11°
- o _ 22X hixe2 N . ,
Bai 2: Choham s6 y =f(x)=1/x+7-3 . Tim m dé ham so f(x) lién tuc tai x =27
m Khix=2

Bai 3 a. Chimng minh rang:phuong trinh sau ¢6 it nhit mot nghiém trén [0;1]: x3+5x -3 =0.
b. Bén sb a, b, ¢, d tao thanh 1 cap sb cong co tong bang 100, tich bang -56. Tim 4 s6 d6?

Bai 4 Tinh dao hamsau: a. y = (X + 1)(2x - 3) b. 1+ coszg

Bai 5 Cho ham sé: y = 2x3- 7x + 1
a. Viét phuong trinh tiép tuyén ciia db thi tai diém c6 hoanh do x =2
b. Viét phuong trinh tiép tuyén ctia d6 thi c6 hé s6 goc k = -1

2 2 3
X

Bai6 Cho (P):y=1-x+> (C): y=1-x+>-2X
(P):y 5 (O y=l-x+2 -
a.Chung minh rang : (P) tiép xuc véi (C) ;

b. Viét phuong trinh tiép tuyén chung cua (P) va (C) tai tiép diém ?



Bai 7 Cho hinh chép S.ABCD, ABCD la hinh thoi tdm O canh a, goc BAD=60", duong cao SO=a
a.Goi K 1a hinh chiéu cta O 1én BC. Chiing minh rang : BC L (SOK)
b.Tinh goc cua SK va mp(ABCD)
c.Tinh khoang cach gitra AD va SB.

A
Peé 6
.. . . 2x* —3x+4 x> —3x+2
Bai 1: Tinh gi6i han sau: alim—m——— b. 1rm—=—
gio1 iz lim = =5 lim—5—

x+1 khi x<1

, Dinh a d¢ ham s6 lién tyc tai x = 1.
4—ax” khi x>1

Bai 2 : Cho ham sb f(x)={
Bai 3 a.Chung minh ring phwong trinh : 2x3 - 6x + 1 = 0 ¢ 3 nghiém trén [-2 ; 2] ?
a,+a, =60

b. Cho cap sb nhan thoa: .Tim a,,S,?
a; +a, =180

1 COS X X
vy C. y= +
X

Bai 4 Tinh dao ham sau: a.y =sinx cos3x ; b.y=z+\/3x+ —%+
X X

X sin X
X% —3x+2

N (1). Viét phuong trinh tiép tuyén cta do thi ham s6 (1) biét
+

Bai 5 a.Cho ham sé f(x) =

tiép tuyén do
song song véi dudng thang y = —5x —2

x?—5x+4

b.Cho ham sb f(x) = . Giai bit phuong trinh f'(x) <0.

Bai 6 Cho hinh chép S.ABCD, ABCD la hinh thang vudng , AB = a, BC =3, ADC = 45°. Hai mat
bén
SAB, SAD cling vudng goc véi day, SA = a~/2
a.Tinh goc gitra BC va mp(SAB) ;
b. Tinh goc gitta mp(SBC) va mp(ABCD)
c.Tinh khoang cach gitra AD va SC.

3 /2 _
Bai 1: Tinh c4c gi6i han sau a. lim — X3 g B L YT
>3 X +2x-3 x>0 X x>2 x+2
2
d. lim 3% +1
x—3" |X—3|

x: A A A Uy U =42 2 £ A eaA o A A A
Bai 2: Cho cap so cong (un) co . Tinh tong 16 so hang dau tién cua cap s6 cong?

u,+uy =66

2
Bai 3: Viét phuong trinh tiép tuyén cta do thi ham so: y =2X+—2i{+1
X+
a. Tai giao diém cua d6 thi va truc tung.

b. Biét tiép tuyén song song v&i duong thang y=x+2011.



Bai 4: Tinh dao ham: a. y=xv1+x’ b.y=(2-x*)cosx+2xsinx
Bai 5: a.Choy=x%3x*+2 .Timxdé y'<3

3 2
X

b.Cho y =?+%—2x . V/6i gia tri ndo cua x thi y’(X) = -2
Bai 6: Cho hinh chop S.ABCD c6 SA vubng goc (ABCD) va ABCD Ila hinh thang vuéng tai A,B .
AB=BC=a,
ADC =45° SA=a+2 .
a.Chirmg minh rang c4c mit bén caa hinh chdp 1a cac tam giéc vuéng.
b.Tinh goc gitra (SBC) va (ABCD)
c.Tinh khoang cach gitta AD va SC

L s 3
——x +7x —11 —
Bai 1:Tim cac gigi han: a) lim :; b)limﬁ c)
X—>+0 —XS—X4+2 x5 X—5
4
. 4-x’
hmz—
=2 2(X" —=5x+6)
— .
.. .z ————— khix#2 . s 2 .
Bai 2.a. Chohamso f(X)=<x+2-2 . Chtirng minh rang ham s6 lién tuc tai x = 2.
16 khix =2
x> —2x+3

b. Cho f(x) == Viét phuong trinh tiép tuyén ciia @b thi ham s6 tai diém co
X+
hoanh d6 bang 1.

sin3x cos

33X). Giai phuong trinh f'(x)=0.

Bai 3: Cho f(x)= +cos x —/3(sin x +

2 . .
Bai4: a Tim céc gioi han lim Yo 14X, b. lim 3% . ¢ iy L2 2SI0X

X—>—00 3 — 2X x>0 Sin 5X x—)% 2COS X = \/g

Bai 5: a. Chirng minh ring phuong trinh sau ¢6 3 nghiém phén biét. 6x> —3x?- 6x +2=0.
b.Cho y= %X?’ —2x? —6x —8 . Giai bat phuong trinh y'<0.

Bai 6:
Cho tir dién ABCD c6 tam gidc ABC 1a tam gic déu canh a ,AD vudng goc véi BC, AD =a
va khoang cach
tir diém D dén dudng thang BC la a. Goi H 1a trung diém BC, I 1a trung diém AH.
a.Chtig minh rang dudng thang BC vudng goc véi mat phang (ADH) va DH bang a.

b.Chimg minh ring dudng thing DI vudng goc v6i miat phang (ABC).
c. Tinh khoang cach gitta AD va BC.

PE 9

Bai 1. Tinh cac gidi han sau:



»" J— 3 —_ 2 — —
a. lim(-x’+x*-x+1) b. lim 3x+2 C. limﬁ . lim 2X3 SXZ 2x =3
x> x> X+ -2 x+7-3 =3 4x" —13x" +4x-3
3 f—
, VXHZZ2 pixs2 q , q
Bai 2. Cho ham so : f(x) = x=2 . Xac dinh a @€ ham s6 lién tuc tai diém x = 2.
ax+— khix <2
4

Bai 3. a.Chimg minh rang phuong trinh x°-3x* + 5x-2 = 0 ¢6 it nhat ba nghiém phén biét trong
khoang (-2;5).

=X A A A =~ - A 1 \ A A A A r A ’ A r A
b.Viet thém 3 s6 vao giira hai so 2 va 8 dé dugc cap so cong c6 5 s0 hang. Tinh tong cac so

hang cta
cap so cong do.
Bai 4. Tim dao ham cac ham so sau:

a. yzfx—_?)l b. y=(x+1W/x* +x+1 C. y=+/1+2tanx d y=
X" +X+
sin(sinx)
. N x> =3x+2
Bai 5. a.Cho ham so f(x) = i (2).
X+

Viét phuong trinh tiép tuyén ctia do thi ham sé (1) biét tiép tuyén d6 song song voi duong
thang y = —5x —2.
b. Cho ham s y = cos®2x. Tinh gié tri cua biéu thirc: A=y>>* +16y’ + 16y — 8.
Bai 6. Cho hinh chép tir gidc déu c6 canh day bang a, canh bén hop véi day 1 goc 30°. Tinh chidu
cao hinh chop.

PE 10

Bai 1. Tinh céac gi6i han sau:
3x+2 . 2—-X

. 3 2 .
a. lim (-5x” +2x“-3 b. lim C. im——— d
X—)—OO( ) x—-1" X +1 =2 [x+7 =3
3
lim(x+3) =27
x—0 X
y h kh >] N , N
Bai 2. Chohamsé: f(x)=1 x—1 “*7% Xéc dinh a dé ham sé lién tuc tai diém x = 1.

3ax khi x <1
Bai 3. Tim dao ham cac ham sé sau:

2x* —6x+5 Vx?=2x+3 sin X + cos X
ay=s—F—— b, y=—"—""" ¢ y=—n-——""2
2x+4 2x+1 Sin X — cos X
2
Bai 4. a. Cho ham so: YZ#' Chimg minh rang: 2y.y’’ — 1 =y’?

d. y =sin(cosx)

R o o U U, +uy =27
b. Tim uy va cong sai d cua cap so cong (un) biet: < © ° °
us +u, +u; =275
Bai 5. a.Viét phuong trinh tiép tuyén ciia do thi ham s6 y=x* —3x> +2 biét tiép tuyén vudng goc
Vo1 duong

thang y=—éx+2.



b.Ching minh riang phuong trinh x*-5x+7=0 c6 it nhiat mot nghiém trén khoang
(-3,-2).

Bai 6:Cho hinh chop SABCD ,ABCD la hinh vudng tdm O canh a; SA=SB=SC =SD = a;/g .

Goi I vaJlatrung
diém BC va AD
a.Chiig minh rang: SO L (ABCD)
b.Chimg minh ring: (SIJ) L (ABCD). Xac dinh goc giita (SIT) va (SBC)?
¢.Tinh khoang cach tir O dén (SBC) ?

[ 4 3 _
Bai 1: Tinh gioi han: af lim Y2 2042 py i X =8 g gy XH2
n +1 =2 X —2 x>-1" X+ 1
X-x=2 q
Bai 2: Cho f(X)=¢ x—-2 ~ . Tim a dé ham so lién tuc tai X = 2.
Sa-3x;x=2

Bai 3: a.Cho ham s6 f(x)=2x’—4x*+3 . Tim X sao cho f’(x) >0.

N 3 A S-S U, —U,+Ug =10
b.Tim u; va q cia cap so nhan (u,) biét: .
U — U+ U, =20

Bai 4: a. Cho f(x) = sin2x. Tinh f’(%) b. Cho f(x) = . Hay tinh £’ (x).

x+4

c.Cho f(x)= x® - 3x? +2. Viét phuong trinh tiép tuyén cua db thi ham sb f(x) biét tiép tuyén
song song voi

duong thang: y = 3x + 2011,
Bai 5: Cho tir dién OABC ¢6 OA =OB = OC =a, AOB = AOC =60";BOC =90°.
a. Chung minh rang: A ABC la tam gi&c vuéng.
b. Chirng minh: OA L BC.
¢. Goi I, J 1a trung diém OA va BC. Chimg minh IJ 12 doan vudng goc chung OA va BC.

PE 12
3
. X' —8 .
Bai 1: Tinh cAc gioi han sau: a. lim—; b, lim 2XtL c.
x=2 X°—4 x—2" X—2

lim (\/16x2 +4x+3 —4x+9)

X—>+0



x-1 .
. —_— khix =1
Bai 2: Xeét tinh lién tuc caa ham s6 f(x) =4+/2x-1-1 taix=1

4x -3 khix =1

Bai 3: a. Chiig t6 phuong trinh 4x® — 3x +% =0 ¢ it nhat 2 nghiém trong khoang (- 2; 2)

b.Tim ba sb x, y, z biét tong cta ching bang — 21, tich caa ching bang 729 va ching lap
thanh mot

cap sO nhan.

Bai 4: a. Cho ham sb f(x) = (2x +1).sin2x. Tinh f '(%) ?

b.Cho ham sb y =%x3 —x? (C) . Viét phuong trinh tiép tuyén cta ( C ) di qua A (3;0)?

Bai 5: Cho hinh thoi ABCD canh a, goc BCD bang 120°. Goi H 14 trung diém ctia canh AB.
Trén dudng thiang vudng goc véi mp(ABCD) tai H 1dy diém S sao cho SA = a/2.
a.Tinh goc gitta SD va mp(ABCD).
b.Chung minh CD L SC.
¢.Goi I 12 hinh chiéu cta S trén DB. Tinh d6 dai canh SIL.



