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HINH HOC GIAI TICH TRONG MAT PHANG

Toan b tai liéu luyén thi dai hoc mén toan cta thiy Lwu Huy Thwéng:

http://www.Luuhuythuong.blogspot.com

PHAN I PUO'NG THANG

I. LY THUYET CAN NHO'

1. Vecto chi phwong ciia dworng thang
Vecto i = 0 dwoc goi la vecto chi phwong clia dwong thing A néu gia clia né song song hoic tring véi A.
Nhin xét: - Néu 4 1a mot VTCP ctia A thi ki (k # 0) cling 1a mdt VTCP cia A.
- Mot dwong thing hoan toan dwoc xac dinh néu biét mét diém va mot VTCP.
2. Vecto phap tuyén ciia dworng thang
Vecto 7 = 0 dwoc goi la vecto phap tuyén ctia dirdng thing A néu gia ctia né vudng goc véi A.
Nhin xét: - Néu 7 1a mot VTPT cia A thi k7 (k= 0) cling 1a mot VTPT cua A.
- Mot duong thing hoan toan dwoc xac dinh néu biét mot diém va mot VTPT.
- Né&u i 1amodt VTCP va 7 1a mot VTPT chia A thi i L 7.
3. Phwong trinh tham sé ctia dwong thing
Cho duong thing A di qua M (z,;y,) vaco VTCP @ = (uy;u,).

x:xo—l—tul

(1) (tlatham so).
Y=y, +lu,

Phwong trinh tham s6 cua A:

T =z, + tu
Nhan xét: - M(x;y) e A dte R:

Y=y, +tu,
- Goi k1a hé s6 gbc cua A thi:
— U
+k=tana, véia= zdv, o 90",  +k=-2,véi u =0.
y Vv y

4. Phwong trinh chinh tic cha dwong thing
Cho duwong thiang A di qua M (z,;y,) vaco VTCP @ = (uy;u,).
T—3, Y-y,

U Uy

Phuwong trinh chinh tic cta A: (2) (u1#0,uz#0).

Chu y: Trong trwong hop ur = 0 hodc uz = 0 thi dwdng thang khdng c6 phwong trinh chinh tic.
5. Phwong trinh tham sé cia dwong thing
PT az +by +¢=0 v6i o + b = 0 duoc goi 12 phwong trinh téng quat ctia dwong thang.
Nhin xét: - Néu A c6 phwong trinh az + by + ¢ = 0 thi A cé:
VTPT la 7 = (a;b) va VTCP 4 = (—b;a) hodc 4 = (b;—a).
- Néu A diqua M(z,;y,) vacé VTPT 7 = (a;b) thi phwong trinh clia A 1a: a(z —xy) + by —y,) =0

Cac treong hop dac biét:
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Caché sé Phwong trinh dwong thing A Tinh chit dwdng thing A
c=0 ar +by = 0 Adi qua géc toa dé O
a=0 by+c=0 A// Ox hodc A =0x
b=0 ar +c¢=10 A// Oy hodc A =0y

o A di qua hai diém A(a; 0), B(0; b) (a, b # 0): Phwong trinh ctia A: < + % 1.
a

(phwong trinh dwong thiang theo doan chin) .
* A di qua di€m M (z,;y,) va cé hé sé géc k: Phwong trinh ctia A: y —y, = k(z — ;)

(phwong trinh dwong thang theo hé sé goc)
6. Vi tri twong ddi cia hai dwong thing
Cho hai dwong thang Ai: ;7 +by +¢ =0 vaAz ayz +by+c, =0.
Toa do giao diém ctia A; va Az 1a nghiém ctia hé phwong trinh:
az+by+c =0
1 1 1 e
ayT +by+cy =0
a
o A cit Ay < hé (1) c6 mot nghiém & —- = b—l (néu ay,b,,¢c, = 0)
Gy B

b o
=—==— (néu ay,by,¢, =0)
gy b O

b

a c
® A1 =A; © hé (1) c6 vb sé nghieme —1=b—1 =L (néu Ay,by, ¢, = 0)

) b G

a
® A1 // Ay < hé (1) vo nghieme —-

7. Géc gitra hai dworng thiang
Cho hai dwong thang Av: a7 + by +¢ =0 (c6 VIPT 7} = (a;;0)))
va Az 4,7 +byy +6 =0 (c6 VTPT 7, = (ay3h,)).
(@ 1,) khi (i, 7t ) < 90"

(AvA):
PR 1800 — (i, i) kb (i, 7iy) > 90°

—

cos(A,A,) = cos(7y,7y) = 77 = — T
1|7 \/al +b; .\/OL2 + by
Chlfly:‘AlJ_Az'{@ alaz +b1b2 =0.

® Cho A: y = kjz + my, Ax: y = kyz + m,, thi:
+A1//Az<:>k1=k2 +A1J_A2<:>k1.k2=—1.
8. Khoang cach tir mét diém dén mot dwong thang
¢ Khoang cach tir mot diém dén mot dwong thang

Ty Tg| |a1a2 + b1b2|

1°

Cho dwong thang A: az +by +c¢ =0 vadiém M,(z;y,) .

dar a0 o +d

o \/a2 + b2

e Vi tri twong d6i cua hai diém déi véi mot dwong thing
Cho duwong thing A: az +by +c =0 vahai diém M(z,;;,,), N(zy;yy) € A
- M, N ndm cling phia d6i véi A & (axy, +by,, +c)(axy +byy +¢)>0.
- M, N ndm khéc phia d6i véi A & (az,, +by,, +c)(azy +byy +¢) <0.

¢ Phwong trinh cac dworng phan giac cia cac goc tao béi hai dworng thang
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Cho hai duwong thang Ai: a7 + by +¢; = 0 va Az a7 +byy + ¢, = 0 cat nhau.

Phwong trinh cac dwong phan gidc cta cac goc tao béi hai duwdng thidng A va A; la:

oT+by+c _ia2x+b2y+02

Jai + 0} N

BAI TAP CO’' BAN

HT 1. Cho dwong thang d : z — 2y +1 = 0. Viét phwong trinh dwong thing d dwéi dang chinh tic va tham s6.

Giai
Ta cé: d c6 1 vec-to phap tuyén 7(1;—2) . Suy ra, d ¢ 1 vec-to chi phwong 4(2;1)

Taco, dqua M(—1,0)

r=—1+2t

Vay, phwong trinh tham s6 cua d : { ;
y =

Phwong trinh chinh tic cta d : m ;_ 1y

1

r=14+t

HT 2. Cho dwong thing d : [ 1+t Viét phwong trinh dwong thing d dw¢i dang chinh tic va téng quat.
y=-—

Giai
Tacé: d diqua diém M(1;—1)va cé vec-to chi phwong (1;2) . Suy ra d cé 1 vec-to phap tuyén 7(2;—1)

Phuwong trinh chinh tic cta d : mT—l = yTH

Phuwong trinh téng quatcia d:2(z—1)—1.(y+1) =022 —y—3=0

r—2 y+1

HT 3. Cho dwdng thang d : . Viét phwong trinh téng quat va tham s6 cta d .

Giai
Tacéd: d diqua M(2;—1) va nhin vec-to 4(—1;2) lam vec-to chi phwong. Suy ra d c6 1 vec-to phap tuyén 7(2;1)

r=2—1

Ph trinh th § ciia dwong thing d :
wong trinh tham s6 ctia duwdong thang Y= —1+9t

Phuwong trinh téng quatctia d :2(z —2)+1.(y + 1) =022 +y—3=0

HT 4. Viét phwong trinh téng quat cia dwdng thing d biét :
a.Qua M(2;1) nhan #(1;2) lam vec-to chi phuong.
b. Qua M(2;1) nhén 7(1;2) lam vec-to phap tuyén.
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c. i qua hai diém A(1;2), B(—2;1)
d. biqua M(1;2) véihé s6 goc k =—2

Giai
a. d c6 vec-to chi phuwong 4(1;2) suy ra d c6 1 vec-to phap tuyén 7(2;—1)
Phwong trinh dwong thing d :2(x —1) —1(y —2) =0 22—y =0
b. Phwong trinh duong thdng d: 1(z —2)+2(y—1) =0 z+2y—4=0
c.Taco: AB = (—3;—1) Suy ra duwdng thdng AB c6 1 vec-to phap tuyén 7i(1;—3)
Vay, phwong trinh téng quatcia d: 1(z —1)—3(y—2)=0< 2z -3y +5=0

d. Phwong trinh dwongthdng d:y = -2z —1)+2 & y= -2z +4

HT 5. Viét phuong trinh dwdng thing d trong cac trwong hop:
a. Piqua M(1;2) va song song véi dwong thing Az +2y —1=10
b. Pi qua M(1;2)va vudng géc véi dwongthing A:x+2y—1=0

Giai
a.Taco: d / /A nén phwong trinh dwong thang d:x +2y+C =0 (C = —1)
Mat khac: d qua M nén d c6 phwongtrinh: d : z + 2y — 5 = 0 (thda man)
b.Tacé: d L Anén dcé phwongtrinh: d:2z—y+C =0
Mat khac, d qua M nén d c6 phwongtrinh: d:2z—y =0

BAI TAP NANG CAO

HT 6. Trong mit phang véi hé toa d6 Oxy,cho 2 dwong thang d) 1z —T7y+17 =0, d, : z+y—5=0. Viét phwong

trinh dwong thang d qua diém M(0;1) tao voi d,,d, mot tam gidc can tai giao diém cta d.d,.

Giai
Phwong trinh dwong phan giac géc tao béi dy, d; la:

r—Ty+17 |r+y—5 [r+3y—13=0 (A,
| || | 1
\/12+(_7)2 \/12+12 Jr—y—4=0 (4,

Pudng thang can tim di qua M(0;1) va song song vdi A, hodc A, .
KL: z4+3y—3=0vadz—y+1=0

http://www.Luuhuythuong.blogspot.com

HT 7. Trong mit phang v&i hé truc toa dd Ozy, cho cho hai dwdng thing d:2z—y+5=0. dy:3x+6y-7=0.Lap

phwong trinh dwong thang di qua diém P(2; -1) sao cho duwdng thing d6 cit hai dwong thang d; va d; tao ra mot tam
gic can co dinh 12 giao diém cda hai dwong thang di, dz.

Giai

(Cach nay hoi dic biét va cé vé “rac roi” hon so véi HT 6 - Bai gidi chi mang tinh chit tham khao, nén 1am theo
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cach HT 6)

d1 VTCP @, = (2;—1); d2 VTCP a, = (3;6)

Tacé: aj.a, =2.3—1.6 =0 nén d, | d, va d; cat d; tai mot diém I khac P.

Goi d 12 dwong thang di qua P( 2; -1) ¢6 phwong trinh: d: A(x —2)+ B(y+1) =0 Az + By —2A+B=0
d cat dy, dz tao ra mét tam giac can c6 dinh I < khi d tao véi di (hodc dz) mot goc 45°

=

|24 - B| 0 ) A=3B
=cos4b” < 34° —8AB—-3B  =0<¢&
\/A2+BQ\/22+(—1)2 B=-34

*Né&u A=3Btacodwongthing d:3z+y—-5=0
*Né&uB=-3Atacodwongthing d:z—3y—5=0

Vay c6 hai dudng thing thod man yéu ciu baitoan. d:3z+y—5=0;d:2—3y—5=0.

HT 8. Trong mat phidng Ozy, cho hai dwong thang d, :3x4+y+5=0, d,:3z+y+1=0 va diém I(;-2). Viét
phwong trinh dwong thing A di qua I va cit d,,d,, 1an lwgt tai A va B sao cho AB = 2\/5 .

Giai

Gid stt A(a;—3a —5) € dp; B(b;—3b—1) € dy; ﬂ:(a—l;—3a—3); IB=(0b-1-3b+1)

b—1=k(a—1)

I, A, B thing hang = IB = kIA &
ang flang {31) 1= Fk(-3a—3)

e Né&u a =1 thi b =1 = AB = 4 (khong thoa).

b—1

a—1

eNéua=1thi -3b+1= (-3a—3) <= a=3b—-2

AB:\/(b~a)2+[3(afb)+4]2 =202 & * + (3t +47 =8 (voi t =a—b).

o522 41244 =0t =2 t:_é

+Voit=-2=a-b=-2=0=0a=-2 =>A:z+y+1=0

D -2 -2 4 2
+Voit=—=a-b=—=b=—a=—=>A:Tc—-y—9=0
5 5 5 5

HT 9. Trong mat phing véi hé truc toa dd Owy,cho hai dwong thang d, :z+y+1=0, d,:22-y-1=0 . Lap

phuwong trinh duwdng thang d di qua M(1;-1) cdt d; va d» twong &ng tai A va B sao cho OMA+MB=0.

Giai

Gia str: A(a; —a-1), B(b; 2b - 1).
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Tir diéu kién 2MA + MB =0 tim dwoc A(1;-2),B(1;1)suyrad:z—1=0

HT 10. Trong mit phang v&i hé toa do Ozxy, cho diém M(1; 0). LAp phwong trinh duwdng thdng d di qua M va cit hai
dudng thing d:x+y+1=0dy:2-2y+2=0 1an lwot tai A, B sao cho MB = 3MA.

Giai

Ae(dﬁ@ A(a;—l—a):> m:(a—l;—l—a)
Be(dy) " |B2b-2b) " |MB=(20-3b

Tir A, B, M thing hang vd MB = 3MA = MB = 3MA (1) hoic MB = —3MA (2)

A[_EQ—E] . A(O;—l)
1) = 3" 3|=(d):2—5y—1=0 hoic(2)= = (d)ia—y—1=0
B(—4;-1) B(43)

HT 11. Trong mit phing véi hé toa dd Ozy, cho diém M(1; 1). LAp phwong trinh dwdng thing (d) di qua M va cit hai
dwong thdng d :3r—y—5=0,d,:x+y—4=0lanluottai A Bsaocho 2MA - 3MB =0.

Giai

Gid s A(g;3a —5) € d;, B(b;4—b) €d,.

\ L leMA=3MB (1)
ViA, B, M thang hangva 2MA = 3MB nén | —,

OMA=-3MB (2)

2(a—1)=30b-1) , O A(5.5) 5rao) Suvea 4. »
*he 23a—6)=3(3—b) b:22:> [55]7 (22).Suyrad:z—y=0.
2a—-1)=-30b-1) a=1 . - .
Qe 2(30—6)2—3(3—13)@ bzléA(L*Q),B(l,B).Suyra d:z—1=0.

Vayco d:x—y=0hoacd:z—1=0.

HT 12. Trong mat phing véi hé toa dd Ozy, LAp phuwong trinh dwong thing d qua M(2;1) va tao v&i cic truc toa do
mot tam giac c6 dién tich bing S = 4.

Giai

Goi A(a;0), B(0;b) (a,b = 0) 1a giao diém ctia d véi Ox, Oy, suy ra: d : z +% =1.
a

’ 2 + 1_ 1 2b+a=ab
Theo gia thi€t,tacé: {4 b & | |
|ab| — 8 ab == 8

*Khiab=8thi2b+a=8.Nén: b =25a=4=d :x+2y—4=0.
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eKhi ab——8 thi 20 +a——8.Tacé: b2 +4b—4 =0 b= —2+ 02,
+Voib= 2422 > d:(1-v2)z+2(14+2)y—4=0

+Voib=—2-202=d:(1++v2)z+2(1-+2)y+4=0.

Cau hdéi tuong tu:

a) M(86),S =12. PS:d:3x—2y—12=0;d:3z—8y+24=0

HT 13. Trong mit phing véi hé toa dd Ozy, cho diém A(2; -1) va dwong thing d c6 phwong trinh 2z —y + 3 = 0. Lap

\ \ 2 R L N . 1
phwong trinh duwdng thang A qua A va tao véi d mot goéc a cé cosa = — .

Jio

Giai
PT dwong thing (A) c6 dang: a(z —2)+b(y+1)=0 & az +by —2a+b=0 (a® +b> =0)

Ta co: cosa = |2&7b| = 1 & 7a2-8ab+b2=0.Chona=1=b=1;b=7.

Jsa2 +12) V10

>Aizt+y—1=0valA,:z+7y+5=0

http://www.Luuhuythuong.blogspot.com

HT 14. Trong m3t phiang véi hé toa dd Ozy,cho diém A(2;1) va dwong thang d : 2z + 3y +4 = 0. Lip phwong trinh

dwong thing A di qua A va tao véi duong thing d mét géc 45° .

Giai
PT dwong thing (A) c6 dang: a(z —2)+ by —1) =0 azx+by — (2a+0) =0 (a® +b> = 0).

a = 5b
[20 + 30) a2 —2ab— 52 =0 o

—_— 5
\/E.\IGQ + b? ba = b

+Véi a =5b.Chon a = 5,b =1 = Phwong trinh A : 5z +y—11=0.

Ta cé: cos45’ =

+Véi 5a = —b.Chon ¢ =1,b = —5 = Phwong trinh A:z — 5y +3 = 0.

HT 15. Trong mit phang véi hé toa do Ozy, cho dwong thing d:2z—y—2=0 va diém I(1;1). LAp phwong trinh
dudng thing A cach diém I mot khoang bing J10 va tao v6i duong thing d mot géc bing 45" .

Giai
Gia st phwong trinh dwong thing A c6 dang: ax +by +c¢ =0 (a2 +b% = 0).

_ |20 1] 1 a=3b

Vi (d,A) = 45" nén ——~— == &
\/a2 +b2.\/g ‘/5 b=—3a
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4+c¢ c=
eVéia=3b = A 3z+y+c=0.Mitkhic d(I;A) =10 @u:@ @l

J10 c=-14
=l e

o Véi b=—3a=>A: z —3y+c=0.Matkhac d([;A) =v10 & —— 10 &
V10 c=12

Vay cac duong thing cantim: 3z +y+6=0;3r+y—14=0; —3y—8=0; z — 3y +12=0.

HT 16. Trong mit phing véi hé truc toa dd Ozy,cho dwong thing (d):z-3y—4=0 va dwdng tron
(C):2? +y? — 4y = 0. Tim M thudc (d) va N thudc (C) sao cho chiing d6i xitrng qua diém A(3; 1).

Giai

Me (d) = M(3b+4;b) = N(2-3b; 2-b)

Ne (C) = (2-3b)2+(2-b)2-4(2-b)=0 = b= 0; b:g

Vay c6 hai cip diém: M(4;0) va N(2;2) hoic M[S—:;E], N[ﬁ,é]

HT 17. Trong maE phang tod déBOTy, cho diém A(1; 1) va dwong thing A: 2z + 3y +4 = 0. Tln diém B thudc dudong
thing A sao cho dwomg thing AB va A hop véi nhau goc 457

Giai
Ac6PTTS: I VAVICP @ = (—3;2).Gidsk B(1—3t-2120) € A,
y=—-2+2t
454 -5
(AB,A) = 45° = |cos(ABu)| = T jfflul % ©160° ~156t —45= 0| 13, .Vay céc diém can
(7 —_

13

timla: B) [—g;i]7 B, [g,—g]
13 13 13 13

HT 18. Trong mit phang v&i hé toa dd Ozy, cho dwong thing d:x —3y—6 =0 va diém N(3;4). Tim toa do diém M

thudc duwdrng thang d sao cho tam gidc OMN (O 1a g&c toa d9) co dién tich bﬁng% .

Giai

Tacé ON = (3;4), ON =5, PT dudng thing ON: 4z — 3y = 0. Gid st M(3m + 6;m) € d.

25
Khi 6 ta c6 Sy oy = %d(M,ON).ON & d(M,0N) = =20 _ 3

—13

& [4.3m +6) — 3n] =3om+2u=15em=—1 m=—-

5
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+Voéim=—-1= M(3;-1) +V(')'im_Tl3éM[7;_Tl3]

HT 19. Trong mit phing toa dd Ozy, cho diém A(0;2) va dwong thing d:x—2y+2=0. Tim trén dwong thiang d
hai diém B, C sao cho tam gidc ABC vuéng & B va AB = 2BC.

Giai
Gida st B(2b —2;0),C(2c —2;¢) € d.

- 2
VIAABCvudng ¥ BnénAB Ld & ABu, =0 < B[%,g] = AB—% = BC—%

. c=1 = C(0;1)
BC = g\/125c2 —300¢ + 180 = - © 7 [4 7]
=57 %%

HT 20. Trong mit phing toa d6 Ozy, cho hai dwong thang d, :z+y—3=0, dy 2 +y—9=0 va diém A(1;4). Tim

diém B € d,,C € d, sao cho tam gidc ABC vudng cén tai A.

Giai

Goi B(b;3—b) €d}, C(;9—c) €dy = AB = (h—L—1—b), AC = (c—L;5—c).
™

ABAC—=0 _|0=Dc=1)=0+1)6-c)=0
AABcvuﬁngcéntaiA@lAB.AC o@{( Je=1)=(b+1(5 )

AB = AC b—12+0+1?2=(c—12+(5-c)?

Vi ¢ =1 khong la nghiém cua (*) nén

po1-CFrHG—0) (1)
(*)(:} (5_06)—21
b+1)P "t b+1)? =c—12+(B-c? (2
(c—1y

b=c—2

Tr(2)e b+1° =(c-1)?} o b
+Véi b = c—2,thay vao (1) ta dwoc ¢ =4, b =2 = B(2;1), C(4;5).
+Véi b = —c, thay vao (1) tadwgc c =2, b = -2 = B(—2;5), C(27).

Vay: B(2;1), C(4;5) hoac B(—2;5), C(2;7).

CAC BAI TOAN CU’C TRI

HT 21. Trong mit phdng v&i hé toa dd Ozy, cho diém M(3; 1). Viét phwong trinh dwong thang d di qua M cit cic tia Ox,
Oy tai A va B sao cho (OA + 30B) nhé nhat.

Giai

PT dwong thang d cit tia Ox tai A(a;0), tia Oy tai B(0;b): Ty % =1 (a,b>0)
a
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3 1 Co—si 31

M3 Dedl="4- > 222 = ab>12.
a b a b
Ma OA+30B =a+3b>2V3ab =12 = (OA+30B) , =123 1 1 & 5
o b o2 U

Phuong trinh dwong thing d 1a: % +% =ler+3y—6=0

http://www.Luuhuythuong.blogspot.com

HT 22. Trong mit phdng v&i hé toa dd Ozy,viét phwong trinh dwong thang d di qua diém M(1; 2) va cét cic truc Ox, Oy

l4n lwot tai A, B khac O sao cho nho nhit.

+
04> 0B?

Giai
Puong thang (d) di qua M(1;2) va cat cac truc Ox, Oy Ian lwot tai A, B khac O, nén A(a;0); B(0;0) vdi a.b = 0

= Phuong trinh cta (d) cé dang z +% =1.
a

Vi (d) qua M nén 1 +% = 1. Ap dung bat dang thirc Bunhiacopski ta c6 :
a

2
B U] SO DU ) N RS DU TN S IO B S
a b 3 a b 9 a® b2 2 p2 10 042 op? 10
Dﬁubﬁngxéyrakhilzézl:zvé l—&—zzl<:>a:10,b:@:d:Q:L‘—i—Qy—QO:O.
3 a b a b 9

HT 23. Trong mit phang v&i hé toa dd Ozy, cho diém M (0; 2) va hai dwong thing d,, d,c6 phwong trinh Ian lwot la
3r+y+2=0va z~3y+4=0.Goi A lagiao di€m clia d va d,. Viét phwong trinh dwong thang di qua M, cat 2

1 ’
+ —— dat gia tri nhé nhat.

duong thang d, va d,lanlwettai B, C' (B vaC khac A)sao cho
AB*  AC?

Giai

A=d Nd, = A(=1;1). Taco d; L d,.Goi A la dwong thing can tim. H 1a hinh chiéu vuéng géc ctia A trén A ta cé:
1 1 1 1 .
+ = > (khong doi)
AB*  AC*  AH*  AM?

1 1 o1
= —— +—— dat gia tri nho6 nhat bang
AB*  AC? AM?
AM. = Phuwongtrinh A: z +y—2=0.

khi H =M, hay A 1a dwong thang di qua M va vudng goc voi

HT 24. Trong mit phdng toa dd Ozxy,cho cac diém A(0; 1) B(2; -1) va cic dwdong thing c6 phuong trinh:
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dy:(m-Dx+(m-2y+2-m=0;dy,:(2-m)zr+(m-1)y+3m-5=0.Ching minh d; va d, lubn cat nhau. Goi P =
d1 M dz. Tim m sao cho PA + PB 1én nhit.

Giai

I (m=Dz+(m—-2)y=m-—2
Xét He PT:
2-m)z+(m—-1)y=-3m+5
2
m—1 m—2 3 1
Tacé D = =2lm——| +=>0,Vm
2—m m-—1 2 2

= d,,d, ludn cat nhau. Ta c6: A(0;1) € d;, B(2;—1) € d,, d; L d, = A APB vuéng tai P

= P ndm trén dwong tron dwong kinh AB. Ta ¢6: (PA + PB)* < 2(PA® + PB?) = 2AB* = 16

—

= PA+ PB < 4.D4u"="xay ra < PA = PB < P la trung diém ctia cung AB

< P(2; 1) hodcP(0; -1) & m =1 hodc m = 2.Vay PA+ PB 1é6n nhdt< m =1 hoic m =2.

HT 25. Trong mit phang toa d Ozy,cho dwdong thang (A): z—2y—2 =0 va hai diém A(-12), B(3;4). Tim diém
M € (A) sao cho 2MA?> + MB? ¢6 gia tri nhé nhit.

Giai

Gid sit MM (2t +2:t) € A= AM = (2t +3;t —2), BM = (2t — L;t — 4)

Tacé: 2AM? + BM? = 15> + 4t + 43 = f(t) = min f(t) = f[—l] =

a2
15 15 15

HT 26. Trong mit phang toa d Ozy, cho dwong thdng d: 2z —y+3 =0 va 2 diém A(1;0), B(2;1) . Tim diém M trén d
sao cho MA+ MB nho nhit.

Giai
Tacé: (2z, —y, +3).(2z5 — yyz +3) = 30 > 0 = A, B ndm cling phia déi véi d.
Goi A’ 1a diém d6i xirng ciia A quad = A’(—3;2) = Phwongtrinh A'B:z +5y—7=0.
Vé&imoi diém M e d, tacé: MA+ MB = MA'+MB > A'B.
Ma MA’ + MB nhd nhit < A, M, B thing hang < M 1a giao diém cta A’B véi d.

Khi do: M[é,g]
11 11
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PHAN I1 PUONG TRON

Toan b tai liéu luyén thi dai hoc mén toan cta thiy Lwu Huy Thwéng:
http://www.Luuhuythuong.blogspot.com

I. LY THUYET CAN NHO'

1. Phwong trinh dwong tron
Phwong trinh dwong tron c6 tam I(a; b) va ban kinh R: (z — a)* + (y — b)* = R?.

Nhan xét: Phvong trinh 2+ y2 +2ax+2by+c=0,véi o> +b2 —¢c>0,

1a phwong trinh dwong tron tam I(-a; -b), ban kinh R = va? + 8% —¢.
2. Phwong trinh tiép tuyén ctia dwong tron
Cho dwdng tron (C) c¢6 tAm I, ban kinh R va dwong thing A.

A tiép xtic véi (C) & d(I,A) = R|

II. BAI TAP

HT 27. Trong mit phang v&i hé toa dd Ozxy, viét phwong trinh dwong tron tim 7(2;1), ban kinh R = 2

Giai

Phwong trinh dwong tron: (z —2)% + (y—1)2 =4

HT 28. Trong mit phang v&i hé toa dd Ozy, viét phwong trinh dwong tron tdm [(1;2) va di qua A(—1;1)

Giai
Bén kinh dwong tron: R = JA =4 +1 =5

Phwong trinh dwong tron can viét: (z —1)2 + (y —2)°> =5

HT 29. Trong mit phiang véi hé toa dd Ozy, viét phwong trinh dwong tron tdm I(—1;3) va tiép xuc véi dudng thdng
d:3r—4y—1=0

Giai
-3-12-1 16
Ban kinh dwong tron: R = d(I,d) = —— = =
: N S e 2 2 256
Phwong trinh dwong tron can viét: (z +1)° +(y —3)" = o

HT 30. Trong mit phéng véi hé toa do Oxy, viét phwong trinh dwong tron di qua A(1;1), B(—1;3) va ¢ ban kinh bing

R=410.

Giai

+) Goi I(a;b) la tAm duong tron.

Ta c6, duong tron qua A, Bnénsuyra: IA=IB & \/(1 —a)? + (107 = \/(—1 —a)? +(3-0b)

S1-2a+a?>+1-2+0> =14+2a+ad>+9-6b+b> s da—4b=-8&b=a+2 (1)
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+ Bén kinh dudmng tron: R =10 = I4 & (1 —a)? + (1-b)? =10 (2)

Thay (1) vao (2) ta dwec:

@ o Jl-af +(-1-a? =v10 & 1-2a+a® +1+2a+a® =10

2% =8 a=+2

+) Véi:a=2=0b0=4=1(24)
Vay, phuong trinh dwong tron : (z — 2)% + (y — 4)> =10

Véi,a=—-2=b=0= I(—20)

Vay, phuong trinh dwong tron : (z +2)? + ¢y = 10
Kétluan: (z—2)% +(y—4)° =10va (z+2° +4> =10
V6i cdu héi twong tw : A(3;1), B(4;0);R = 13

Pdps6: (z—1)> + (y+27° =13va (z—6)> +(y—3)* =13

HT 31. Trong mit phdng v&i hé toa dd Ozy, viét phwong trinh dwong tron di qua 3 diém A(3;0), B(2;1),C(—1;0)

Giai
Goi I(a;b)1a tAm dwong tron :
Ta c6 : dwdng tron di qua 3 diém A, B, Cnén suyra:

A2 =1B*  |(3—af 40> =@2—a) +(1-b)

IA=1IB=1IC &
A2 =107 |(3—af +b* =(=1—a)® +0*

—6a+9=—-4a+4—-2b+1 a=1
=
—6a+9=2a+1 b=-1

Bén kinh dwong tron: R = I4 = v/5
Vay, phuong trinh duong tron: (z —1)? +(y+1)> =5

http://www.Luuhuythuong.blogspot.com

HT 32. Trong mit phang v&i hé toa dd Ozy, goi A, B 1a cic giao diém clia dwdng thing (d): 22—y - 5=0 va duong
tron (C): 22 + 4> — 20z + 50 = 0. Hiy viét phuong trinh dwong tron (C) di qua ba diém A, B, C(1; 1).

Giai
Toa d6 giao diém cida d va (C’) 1a nghiém ctia hé phwong trinh:

2r—y—5=0 y=2x—5
2, 2 _07 1.2 2 _
¢ +y° —2024+50=0 *+(2z—-5)"—-20z+50=0
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=3
y=2x—5 v

S Silzr=3 &
5a” — 0z +75=0 " || _ . {x=5

Vay, A(3; 1), B(5; 5)

Puwong tron (C) di qua 3 diém: A(3;1); B(5;5);C(1;1)

Hoc sinh lam twong tw HT trén ta c6: (C): 2+ y2 —4z—-8y+10=0

HT 33. Trong mit phing v&i hé toa do Ozy, viét phwong trinh dwdng tron di qua hai di€ém A(0;4); B(1;1) va tiép xic
v&i dwong thdng: d:x—2y =0

Giai

Goi I(a;b)1a tAm dwong tron

Ta c6, dwong tron di qua 2 diém A, Bnénsuyra: JA=IB < \/(0 —a)? +(4—-0bY = \/(1 —a)? +(1-0b)?

& —8h4+16=—-2a+1-2b+1 < 2a—6b=—14 < a=3b—7 (1)

a—2b
Puong tron tiép xtic véi d nén: IA = d(I,d) < a®> + (4 —b)* = % (2)
5
2 2 |b”7|
Thay (1) vao (2) ta dwogc: \/(31777) +(b—-4)y =——
5
) _ 138
1002 — 500+ 65 = =1 HA) 42 9sg i or6— 0o |0 T 49
b=2
Vi, bzﬁiazE =1 E,@ ; Ban kinh duwdng tron: R = %
49 49 49 49 2401

7y 138 8405
Hly——| =
2401

Phwong trinh dwong tron : |z — —
49 49

Véi, b=2=a=—1= I(—1;2) ; Bankinh: R =+/5
Phuwong trinh dwong tron : (z +1)% + (y —2)> =5

71

2
Kétluén:[m——] +[y va(z+1°+(@y—-27%=5

49 | 2401

C138) 8405
19

HT 34. Trong mit phing v&i hé toa dd0 Ozy, viét phwong trinh dwong tron (C) di qua A(—1;—2)va tiép xdc voi
d:7z—y—5=0tai diém M(1;2)

Giai

Cdch 1 : Vi dwdng tron tiép xic véi dwong thdng tai M nén M thudc dwirng tron.
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Nhw vdy, bai todn tré thanh viét phwong trinh dwong tron di qua hai diém A va M, tiép xiic véi d.
Hoc sinh viét twong tw HT trén. Bdp s6 : (z + 6)* + (y — 3)* = 50

Cdch2:

Goi I la tdm dwdng tron.

Ta c6, dwong tron tiép xticvéid taiM nén IM 1 d

= Phwong trinh dudng thdng IM : x + Ty +c¢=0,IMquaMnén ¢ = —15

Viy, IM : x4+ 7y —15=0 = I(15— 7a;a)

Ta c6 : Pudng trondiqua A= IA = IM & (16 + 7a)* + (-2 — a)® = (—14 + Ta)* + (2 — a)?
& 50a% —220a + 260 = 50a® —200a + 200 < a = 3

Vay, I(—6;3), bankinh : R = /50

Phwong trinh dwong tron : (z + 6)2 +(y— 3)2 =50

HT 35. Trong mit phéng v&i hé toa dd Ozy, viét phuong trinh dwdng tron tiép xdc voi dwong thdng d:z—y—2=0
tai di€ém M (3;1) va c6 tdm I thudc dwong thang d; : 22 —y -2 =10

Giai
Ta c6: (C) tiép xtc voi d tai M, suy ra tdm I cta (C) thudc duwdng thdng A c6 phwong trinh cho béi:

qua M(3;1)
- SA:z4+y—4=0
vipt n(1;1)
r+y—4=0

Khi do6: I =d; N A, toadd I1anghiém cia hé phuwong trinh:
2 —y—2=0

< 1(2;2)

(C) tiép xtic véi d khi: R = MT = 2

Vay, phuong trinh dwdng tron cin vidt: (z —2)> + (y —2)% =2

HT 36. Trong mat phing véi hé toa d6 Ozy,cho ba dwong thang: d) :2x+y—-3=0, ., dy : 42 +3y+2=0. Viét

phwong trinh dwong tron cé tAm thudc d; va tiép xic véi d; va ds.

Giai
Goi tm dwong tron1a I(¢;3 —2t) € du.

3t+4(3—2t)+5 [4t+33-20)+2 [t=2
= &
5 5 t=4

Khi dé: d(1,d,) = d(I,d,) &
b d g A s 2 2 _ 49 . 2 2_ 9
Vay c6 2 dwong tron thod man: (z —2)° +(y +1)° = 55 v (x—4)"+(y+5)° = o5

Cau hoi twong tu:

a)Void :2-6y-10=0,.,dy :42—-3y—5=0.
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2 2 2
bS: (x—10)2+y2:49 hoac m—EJ +[y+EJ :[l] .
43 43 43

http://www.Luuhuythuong.blogspot.com

HT 37. Trong mit phdng v&i hé toa dd Ozy, cho hai dwong thing Az +3y+8 =0, A':3z —4y +10 = 0 va diém A(-

2; 1). Viét phwong trinh dwong tron c6 tAm thudc dwong thing A, di qua diém A va tiép xtic véi dwong thing A'.

Giai

Gia strtam I(—3t —8;t) € A. Tacé: d(I,A") = IA

[3(—3t — 8) — 4t +10) -

V32 442

PT dwong tron cin tim: (x— 1)2 + (y+ 3)2 =95.

N \/(—St—8+2)2+(t—1)2 o t=—3=11-3),R=5

HT 38. Trong mit phing véi hé toa dd Ozy,cho hai dudng thdng A:4z—3y+3=0 va A':3z—4y—31=0.Lap
phwong trinh dwong tron (C) tiép xdc véi dwong thang A tai diém c6 tung do bang 9 va tiép xtic véi A'. Tim toa do

tiép diém cua (C)va A'.

Giai
Goi I(a;b) 12 tAm cta dudng tron (C). (C) tiép xic véi A tai diém M(6;9) va (C) tiép xic véi A nén

dLA) =d,Ay  |Ma=30+3 Ba—ap—s1 |, 543
— . = 5 5 =
IM Ly =(34) |30 —6)+4(b—9)=0 3q + 4b = 54

+ 3| =64 — 85|

[250 — 150 = 4l6a 85l [, _ 10,5 g
=1, 54—3a

=
b a=—190; b =156
4

Vay: (C): (z — 10 + (y—6)*> =25 tiépxicvéi A' tai N(13;2)

hoic (C) : (z +190)* + (y — 156)* = 60025 tiép xtic véi A' tai N(—43;—40)

HT 39. Trong mit phéng véi hé toa do Ozy, viét phwong trinh dwdng tron di qua A(2;—1) va tiép xtic véi cac truc toa
do.

Giai
Duong tron tiép xdc véi cac truc toa do nén tdm I c6 dang: I, (a;a) hodc I,(a;—a)

(@—aP+@+a?=d> ()
(@ —aP+(y—aP=d> ()

Thay toa d6 diém A vao phwong trinh ta dwoc:
a)=>a=La=5 b) = v6 nghiém.

Phwong trinh dwdng tron cé dang:

Kétluan: (z—1)° +(y+1)* =1 va (z —5)° + (y +5)* =25.
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HT 40. Trong m3t phang v&i hé toa d Ozy, cho dwong thang (d) : 2¢ —y — 4 = 0. Lp phwong trinh dwong tron tiép
xtic véi cac truc toa d6 va cé tAm & trén dwong thing (d).

Giai

Goi I(m;2m — 4) € (d) 1a tAm duong tron can tim. Ta cé: Iml =l2m —4l & m = 4,m = % .

2 2
e m= % thi phwong trinh dwong tron la: [fv - %] + [y + g] = 16

e m =4 thi phwong trinh dwong tron la: (z — 4)* + (y —4)* = 16.

HT 41. Trong mit phing véi hé toa dd Oxy,cho diém A(-1;1) va B(3;3), dwong thing (A): 3z -4y +8=0. Lap
phwong trinh dwong tron qua A, B va tiép xdc véi dwong thang (A).

Giai
Tam I cia dwdng tron ndm trén dwong trung truec d clia doan AB

d qua M(1;2) c6 VTPT1a AB = (42)= d: 2x +y - 4 = 0 = Tam I(a;4 - 2a)

a=3
Tac61A=d(1D) < [Ila -8 = 5V5a> —10a +10 ¢ 2a2-37a+93=0c 31

a=—
eVéia=3=1(3;-2),R=5= (C): (x-3)2 + (y + 2)2 =25

2
0V6‘ia=£:>]£;—27,R=§:>(C): x—ﬂ +(y+27)2:—
2 2 2 2 4

HT 42. Trong hé toa d0 Ozy, cho hai dwong thang d:2x+2y—3=0 va A:z+ 3y —5=0.Lap phwong trinh dwdng

tron c6 ban kinh bang 2

, cO tAm thudc d va tiép xtc vdi A.

Giai
Tamle d = I(—2a + 3;a). (C) tiép xGc véi A nén:

|a—2|72\/5 a==6
= &

Jio 5 Tle=-2

dI,A)=R &

= (C): (m+9)2+(y—6)2 zé hodc (C): (m—7)2—|—(y+2)2 :%

http://www.Luuhuythuong.blogspot.com

HT 43. Trong mit phing v6i hé toa dd Ozy, cho duomg tron (C): 2° + > + 432 —4=0. Tia Oy cat (C) tai A. Lap
phwong trinh dwong tron (C’), ban kinh R” = 2 va tiép xic ngoai véi (C) tai A.

Giai

(C) c6 tAm .., ban kinh R= 4; A(0; 2). Goi I’ 1a tAm cua (C").
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PT dudrng thing IA : y1leia = I'\3t:2t +2).

w:2\/§t
2t +

E:2E{@t:%;»1'(\/§;3) = (C): (x—3)* +(y—3)7° =4

HT 44. Trong mit phing véi hé toa dd0 Ozy, cho dwong tron (C): 22 + y2 —4y -5 = 0. Hay viét phwong trinh dwong

tron (C") d6i xtrng véi dwong tron (C) qua diém M [%,é]

Giai
(C) ¢6 tdm 1(0;2), ban kinh R = 3. Goi I’ 1a diém d6i x&ng ctia I qua M

2 2
31'[?;?6] = (C): [:L’%] Jr[erg] =9

HT 45. Trong mit phing véi hé toa dd Ozy, cho dwdng tron (C): 2+ y2 —2x +4y+2 = 0. Viét phwong trinh dwong
tron (C) tdm M(5; 1) biét (C”) ct (C) tai hai diém A, B sao cho AB = \/g 4

Giai

(C) ¢6 tam I(1; -2), ban kinh R = /3 . PT duong thing IM: 3x —4y —11=0. AB = /3.

HeIM 3x—4y—11=0
Goi H(z;y) 1a trung diém cua AB. Ta c6: =3
(@9) IH =\R* — AH? :% (x—1)2+(y+2)2=%
pe_t,__2
o 5’ 10 [_l;_ﬁ] 5 [E;_E]
Lo 11 5710 5 10
5 10

o Véi H[—%;—%].Tacé R"? = MH? + AH? =43 = PT (C): (z—5)> + (y —1)? = 43.

o V6i H[%;%].Ta c6 R? = MH? + AH?> =13 = PT (C): (z —5)? + (y —1)? = 13.

HT 46. Trong mit phang véi hé toa do Ozy, cho dwong tron (C): (z — 1)2 +(y— 2)2 =4 va diém K(3;4). Lap phwong
trinh dwong tron (T) c6 tAm K, cat dwong tron (C) tai hai di€ém A, B sao cho dién tich tam giac IAB 16n nhat, véi 113 tAm
cua dwong tron (C).

Giai
(C) c6 tam I(1;2), bankinh R =2. S, 5 16m nhdt < AIAB vudng tail & AB = N2

Ma /K = 2v2 nén c6 hai dwong tron thoa YCBT.
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+(T,) cobankinh R, = R=2 = (T,): (z — 3 + (y —4)* =4

+ (T)) cobankinh R, = {(3v2)? + (v/2)> = 25 = (1)) : (¢ —3)* + (y —4)> = 20.

HT 47. Trong mit phang v&i hé toa dd Oxy, viét phwong trinh dwdng tron noi ti€p tam gidc ABC v6i cac dinh: A(-2;3),

Bl'O C(2;0).
[4’ ] (%0)

Giai

biém D(d;0) i < d < 2|thudc doan BC la chan duwdng phan giac trong ciia géc A
2
A i [i] +(73)2
Khivachikhi 22 =45 o 4 _ = 4d—1=6-3d=>d=1.
DC  AC  2-d 9 2
4 +(-3)
PhwongtrinhAD:m—”:y—_ﬁ@xﬂ/—bo; AC:xTH:y;:f®3x+4y—6:0

Gia st tAm I cila dwong tron ndi tiép c6 tung do 1a b. Khi d6 hoanh d9 12 1—b va ban kinh ciing bing b. Vi
khodang cach tir I t¢i AC cling phai bang b nén ta cé:

4
[3(1—)+ 40 ¢ b—3=5b=b=——
=belp-3=5 = 3
V32 442 b=3=—5b=b="
N e s 1. .
R4 rang chi c6 gia tri b:EIah(_)'ply.
12 12 1
Viy, phwong trinh cta dwong tron noi tiép AABC la: [w — E] + [y - 5] = 1

http://www.Luuhuythuong.blogspot.com

HT 48. Trong mit phdng toa dd Ozy, cho hai dwong thing (d1): 4z — 3y —12 =0 va (dz): 4z + 3y —12 = 0. Tim toa do
tAm va ban kinh dwdong tron ndi ti€p tam giac ¢ 3 canh ndm trén (di), (dz) va truc Oy.
Giai

Goi A=d Nd,,B=d N0y C=d,NOy = A(3;0),B(0;—4),C(0;4) = AABC can dinh A va AO la phén giac trong cta

goc A. Goi I, R 1a tAm va ban kinh dwong tron ndi tiép AABC

. J[é;o],gzé.
3 3

HT 49. Trong mit phing véi hé toa dd Oxy, cho dwong thing d:  —y —1 = 0 va hai dwdng tron c6 phwong trinh: (C1): ‘
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(=372 +(y+4)> =8, (C2): (z+5)% + (y — 4)> = 32. Viét phwong trinh dwong tron (C) ¢6 tim I thudc d va tidp xic

ngoai véi (Cq) va (Cz).

Giai
Goil, I, I, R, Ry, Ry Ian lwot 1a tAm va ban kinh cta (C), (C1), (C2). Gid st I(a;a—1) € d.

(C) tiép xuc ngoai véi (C1), (C2) nén I =R+R, ll,=R+Ry =1, - R =1, - R,

<:>\/(a—3)2+(a+3)2 —2\/5:\/(a—5)2+(a+5)2 42 ©a=0=1(0;-1),R= 2

= Phuong trinh (C): 2 + (y+ 1)2 =9,

HT 50. Trong mit phéng toa d0 Ozy, cho dwong tron (0):2% + y? +22=0. Viét phwong trinh tiép tuyén cta (o),

biét gdc gitra tiép tuyén nay va truc tung bang 30°.

Giai
(€):(z+17? +y*> =1= I(—1;0); R = 1. Hé s6 gbc ciia tiép tuyén (A) can tim la +/3.

= PT (A) c6 dang A, : 3z —y +b =0 hodic A, : V32 +y+b=0

+ A :\/gx—y—i-b:O tiép xtic (C) & d([,A)) =R <:>|b_2\/§| :1<:>b:j:2+\/§.
Kétluan: (A,):V3z —y£2 43 =0

Ve b — 3]
+ (M) :V3z+y+b=0 tidpxic(C) & d(I,A,) =R @T:u:»b:iﬂ\/g.

Két luén: (AQ):\/gx—i—y:tZ—i-\/g:O.

HT 51. Trong mit phing véi hé toa dd Oxy, cho dwong tron (C): 22 +y2 —6x —2y +5=0 va dwong thing (d):
3x +y—3=0. Lap phuwong trinh tiép tuyén v&i duwong tron (C), biét ti€p tuyén khong di qua gbc toa do va hop vdi

dwong thing (d) mot goc 45°

Giai
(C) c6tdm I(3; 1), bAn kinh R = \/g Gidsr (A): ax +by+¢=0 (¢ =0).
" a(1,8) = 0=2b=—-lec=—-10 [A:2x—y—10=0
b COS(dA):ﬁ: a=1b=2c=-10 |A:z+2y—10=0"
’ 2

HT 52. Trong hé toa dd Ozy, cho dwong tron (C): (z —1)? + (y —1)*> =10 va dwong thing d: 2z —y—2=0. Lap

phwong trinh céc tiép tuyén cta dwong tron (C), biét tiép tuyén tao véi duwdng thing d mot goc 457

Giai
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(C) c6 tam I(1;1) bankinh R =~10. Goi 7 = (a;b) 12 VTPT ctia tiép tuyén A (a® + 02 = 0),

— |2a—b| 1 a=23b

Vi (Ad)=45" nen —~o~— = — =
\/a2 —|—b2.\/g \/5 b=-3a
|4+c| c=6
oVéia=3b = A: 3z +y+c=0.Matkhic d(I;A) =R <:>T:\/E<:> 14
10 c=-

, |_2+C| C:—8
*Véi b=—-3a=>A: z—3y+c=0.Matkhac d([;A) =R & —— =10 &
CcC =

T 12

VAy c6 bén tiép tuyén can tim: 3z +y+6=0;3z+y—14=0; 2 —3y—8=0; 2 — 3y +12=0.

http://www.Luuhuythuong.blogspot.com

HT 53. Trong mit phing véi hé toa do Ouwy,viét phuong trinh ti€p tuyén chung ciua hai dwong tron (Ci):
iy 2w -2 2= 0, (C2): 2 4+y%-87-2y+16=0.

Giai
(C1) co6tam I (1; 1), ban kinh Ry = 2; (C2) c6 tdm I,(4; 1), ban kinh Rz = 1.
Taco: I}], =3 =R + R, = (C1)va(C)ti€p xtic ngoai nhau tai A(3; 1)

= (C1) va (Cz) c6 3 tiép tuyén, trong d6 cb 1 tiép tuyén chung trong tai Alax =3 // Oy.

* Xét 2 tiép tuyén chung ngoai: (A):y=ax+b < (A):az —y+b=0 tacé:
a+b—1
e, g b
d(I}; A) = Ry PN Va? + b2 N Ty A Ty
ay
d(I; A) = R, |4ca+b—1|_1 b74—7J5 b74+7\/5
B 4 4

N

Il
w
—~

g
Do
~—

Il

|

«Ex+4+47\/57(A ) \f +477\/§

Vay, c6 3 tiép tuyén chung: (A)): x

HT 54. Trong mit phing véi hé toa do6 Ozy,cho hai dudng tron (C): (z—2P%+(y—-37=2 va (C):
(z— 1)2 +(y— 2)2 = 8. Viét phwong trinh tiép tuyén chung cua (C) va (C').

Giai
(C) c6tdm I(2; 3) va ban kinh R = \/5 ; (C) cotam I'(1; 2) vaban kinh R' = 2\/5.

Tacé: II' =2 = |R — R/l = (C) va (C") tiép xiic trong = Toa db tiép diém M(3; 4).

Vi (C) va (C’) tiép xuc trong nén ching c6 duy nhit mot tiép tuyén chung 1a dwdong thing qua diém M(3; 4), cb

véc to phap tuyénla II' = (—1,—1) = PTTT: ¢ +y—7 =0
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HT 55. Trong mit phdng véi hé toa dd Ozxy,cho hai duwong tron (Cl):x2+y2—2y—3:0 va

(Cy): 22 +y? —8x — 8y + 28 = 0. Viét phwong trinh tiép tuyén chung cia (C)) va ().

Giai
(C)) cétam I (0;1), bankinh R, =2; (C,) c6tam I,(4;4), bankinh R, = 2.
Tacé: [}I, =5>4 =R + R, = (C,),(C,) ngoai nhau. Xét hai trwomg hop:
+ Néu d // Oy thi phwong trinh ciad c6 dang: z +¢c= 0.
Khi dé: d(I1,,d) = d(I,,d) & ld =4+ d & c=-2 = d:z-2=0.

+ Néu d khdng song song v&i Oy thi phwong trinh ctia d cé dang: d : y = ax + b.

|71+b|:2 a:%;bzg
knigs: {00 D=2 a4 ola=2p=-2
d(I;,d) = d(I,,d) — ||-1+8 |1a—4+ 4 2

= 7 .37

2 2 Ee. '@FY. i

Ve 41 a? 41 U T

= d:3x—4y+14=0 hodacd:3x—4y—6 =0 hodac d: 7Tx +24y — 74 =0.

Viy: d:x—2=0;d:3x—4y+14=0;d:3x—4y—6=0; d: Tx+24y—74=0.

HT 56. Trong mit phang véi hé toa dd Oxy,cho hai dwdng tron (Cl):x2+y274y75:0 va

(Cy): 22 4+ y? — 6z + 8y + 16 = 0. Viét phwong trinh tiép tuyén chung cta (C)) va (C,).

Giai
(Cy) c6tam I (0;1), bankinh R, = 3; (C,) c6tam I,(3;—4), bankinh R, = 3.

Gia st tiép tuyén chung A ctia (C)), (C,) c6 phwong trinh: ax +by +c¢ =0 (a®> +b% = 0).

\ ~ . 5 d(Il7A) = Rl |2b + C| = 3\/m (1)
Ala tiép tuyén chung cta (01)’ (02)@ PR -
(Iy,A) = R, |3a—4b+c|:3m @)
Tir (1) va (2) suyra a = 2b hodc ¢ = —?)HT—F%.

+TH1:Véia=2b.Chonb=1=a=2c=-2+3J5 = A:2x +y—2+3J5 =0

—3a+2b a=0
# TH2: Voi ¢ = —— = Thay vao (1) ta duoc: la — 20l = 2ya® + 1 & 1,
a=——=

= A:y+2=0 hodc A:4x—-3y—-9=0.
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HT 57. Trong mit phing Ozy,cho dwong tron (C): z° + 4 + 432 —4=0. Tia Oy cat (C) tai diém A. Lap phuwong
trinh dwong tron (T) ¢6 ban kinh R” = 2 sao cho (T) ti€p xtc ngoai véi (C) tai A.
Giai

(C) c6 tAm I(—2\/§; 0), ban kinh R = 4. Tia Oy cit (C) tai A(0;2).Goi]la tAm cda (T).

=23t
Phwong trinh IA: v \/g

Gid sir J(2V/3t:2t +2) € (14).
y=2t+2

(T) ti€p xdc ngoai véi (C) tai A nén Al = 2JA = t = % = J(\/§;3).

Vay: (T): (z —3)> +(y— 372 = 4.

HT 58. Trong mit phing Ozy,cho dwong tron (C): 22 + y2 =1 va phuong trinh: w2+ y2 -2m+ Dz +4my—-5=0

(1). Chirng minh rdng phwong trinh (1) 1a phwong trinh cia dwong tron véi moi m. Goi cadc dwdng tron twong tng 1a
(Cm). Tim m @& (Cm) ti€p xic véi (C).

Giai

(Cm) 6 tAm I(m + 1;—2m), bankinh R' = \/(m +17 +4m? +5,
(C) c6 tm O(0; 0) ban kinh R=1, 01 = y(m +1)*> + 4m? ,tac6 Ol <R’

Vay (C) va (Cm) chitiép xictrong. = R'-R =0I (viR'>R)=> m=—-1m :g'

HT 59. Trong mit phing Ozy,cho cac dwong tron c¢6 phwong trinh (Cl):(:v—l)Q—H/2 =

va

N | —

(Cy): (z— 2)? + (y —2)* = 4. Viét phwong trinh dwong thing d tiép xtic voi (C)) vacat (C,) tai hai diém M,N sao
cho MN = 2\/5.

Giai
(C) c6 tam I,(1;0), ban kinh R, = %; (C,) c6 tam [,(2;2), ban kinh R, = 2. Goi H la trung di€ém cia MN =
MN ’
2
d(I,,d) = I,H = || R _[T] —2

Phuwong trinh duwdng thang d ¢6 dang: ax +by +c¢ =0 (a2 +b% = 0).

Ta co:

=1 _|[lrd=ve
2 & . Giai hé tim dwoca, b, c.
AUy d) =2 [2a+ 20+ =V2va? +47

Viy:d:2+y—-2=0;,d:z+7y—6=0;d:2—y—2=0;d:7x—y—2=0
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HT 60. Trong mit phing v&i hé toa dd Ozy, cho dwong tron (C): 22 + y2 —6x+5=0.Tim diém M thudc truc tung

sao cho qua M ké duoc hai tiép tuyén ctia (C) ma goc gitra hai tiép tuyén dé biing 60° .
Giai

(C) c6 tam I(3;0) va ban kinh R = 2. Goi M(0; m) € Oy

) . i AMB = 60" (1)
Qua M ké hai tiép tuyén MAvaMB= | —_

AMB =120° (2)

Vi MI la phéan gidc cia AMB nén:

(1) AMI =300 < M — o MI=2Reo\Vm2 +9 =4 o m = +7

sin 30"

IA

sin 60"

(2) & AMI =600 < MI — o Mi= % Reym? +9 = % V6 nghiém Vay c6 hai diém M;(0;+/7)
va My(0; —~/7)

http://www.Luuhuythuong.blogspot.com

HT 61. Trong mdt phing véi hé toa dd Ozy,cho dwong tron (C) va dwong thing A dinh béi:
(C):a? +9y® —4z—2y=0; A:z+2y—12=0.Tim diém M trén A sao cho tir M vé dwoc véi (C) hai tiép tuyén 1ap voi
nhau mot goc 60°.

Giai
Puong tron (C) c6 tam [(2;1) va ban kinh R = \/g .

Goi A, B 1a hai tiép diém. Néu hai tiép tuyén nay lap véi nhau mot goc 60° thi IAM la niva tam gidc déu suy ra
IM = 2R=245 .

Nhu thé diém M nim trén dwong tron (T) ¢6 phuong trinh: (z — 2)? + (y —1)2 = 20.
Mit khic, difm M nam trén duwdng thdng A, nén toa dd cia M nghiém ding hé phwong trinh:

(z-2%+@—-1%2=20 (1)
z+2y—12=0 (2)

3
2 2
Khtt x gitra (1) va (2) ta dwoc: (—2y + 10) + (y — 1) =20& 5y2 —42y+81=0¢« 27

)

Vay c6 hai diém théa mén dé bai la: M (6;3) hoac M[Q-Z]

HT 62. Trong mit phing véi hé toa dd Ozy,cho dwong tron (C): (z—1% +(y+2)%> =9 va dwdong thing
d:z+y+m=0.Tim m d& trén dudng thing d c6 duy nhat mot diém A ma tir d6 ké dwogc hai tiép tuyén AB, AC toi
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| dwong tron (C) (B, C 12 hai tiép diém) sao cho tam gidc ABC vuong.

Giai

(C) c¢6 tam I(1; -2), R = 3. ABIC 12 hinh vudng canh bang 3 = A = 3\/5
m=—95

@%—3\6@%}14—6@ 7

Cau hoi twong tu:

a)(C):a?+y=Ld:z—y+m=0 DS m==£2.

HT 63. Trong mit phing véi hé toa do Ozxy,cho dwong tron (C): (z— 1)2 +(y+ 2)2 =9 va dwong thing
d:3x—4y+m =0.Tim m dé trén d c6 duy nhit mot di€ém P ma tir d6 cb thé ké dwgc hai tiép tuyén PA, PB t&i dwong
tron (C) (A, B 1a hai tiép di€ém) sao cho PAB la tam giac déu.

® (C) c6 tm I(1;—2), ban kinh R = 3. APAB déu = PI =2AJ = 2R =6 = P nam trén dwong tron (T) c6 tAm
I, bin kinh r=6. Do trén d c6 duy nhidt mot diém P thod YCBT nén d la ti€p tuyén cua (T) =

|11+m|:6¢> m =19

d(1,d)=6 .
(7,d) < m = —41

HT 64. Trong mit phing véi hé toa dd Ozy,cho hai dwong tron (C): 22 +y2 —18x—6y+65=0 va

(CF 22 +9? = 9. Tir diém M thudc dwong tron (C) ké hai tiép tuyén véi duong tron (C), goi A, B 12 cac tiép diém. Tim
toa do di€ém M, biét do dai doan AB bang 4,8.

* (C') c6 tam O(0;0), ban kinh R = OA = 3. Goi H = ABNOM = H Ia trung diém ctia AB = AH:%.Suy

2
ra: OH = VOA? — AH? :%va om =24 _.

OH

. o Me@) | +yP-182—6y+65=0 |z=4 [z=5
Gid st M(z;y). Ta co: &

& V
OM =5 " |2 1,2 _95 y=3 |y=0

Vay M (4;3) hodc M(5;0).

HT 65. Trong mit phing véi hé toa dd Ozy,cho dwdng tron (C): (z — 1)2 +(y+ 2)2 = 4. Mla diém di dong trén dwong
thang d : y = x + 1. Ching minh ring tir M ké dwoc hai ti€p tuyén MT,, MT, t&i (C) (Ty, T la tiép diém) va tim toa d6
diém M, biét dwong thang T, T, di qua diém A(1;-1).

*(C)cétam I(1;—2),bankinh R =2.Gid st M(zy;z,+1)€d.

IM = \/(mo 17 + (2 + 3)2 = \/2($0 +1)? +8 >2 = R = M niim ngoai (C) = qua M ké dworc 2 tiép tuyén t6i
(©.
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s .\ zy+1 25 —1 R R R , L — M
GoiJ la trung diem IM = J T; .Duong tron (T) dwong kinh IM ¢6 tdm ] ban kinh R, = - cé

2y +1) ry 1) (g VP + (g + 37
phuong trinh (T):[fv— 0 ] +[y_ 02 ] — 270 ; 0

—_

Tir M ké dwoc 2 tiép tuyén MTy, MT, dén (C) = IT,M = IT,M = 90" = T}, T, € (T)

={1,T,} = (C)N(T) = toadd T;, T, thod man hé:
2 2
zy +1 g =1y (29 —1)" +(z5+3)

2
9 )+ (- 9 ) = 4 :}(1_z0)x—(3+z0)y—x0—3=0 1)
(@—17+@y+2° =4

(z—

Toa do cac diém T}, T, thoa méan (1), ma qua 2 diém phan biét xac dinh duy nhit 1 dwong thang nén phwong

trinh 7)7, 1a (1 —z,) —y(3 + ;) —7, =3 =0,

A(l;—1) namtrén 7,7, nén 1 -z, +(3+ 1)) —2, =3 =0 & 2, =1 = M(1;2).

HT 66. Trong mit phing v&i hé toa dd Ozy, cho dwong tron (C): (z — 1)2 +(y+ 1)2 = 25 va diém M(7; 3). Lap phuwong
trinh dwong thing (d) di qua M cat (C) tai hai diém A, B phan biét sao cho MA = 3MB.

. PM/(C) =27 > 0 = M nam ngoai (C). (C) c6 tAm I(1;-1) va R = 5.
Mit khéc:
Py /¢y = MAMB = 3MB* = MB = 3= BH =3 = IH =R — BH* = 4 = d[M,(d)]
Ta co6: pt(d): a(x-7) + b(y-3) =0 (a2 + b2 > 0).
a=0

—6a — 4b
dM,(d)]=4 @g: 4 & 12 .Vay(d):y-3=0hoac(d): 12x-5y-69=0.
a2+ b2 a:fgb

HT 67. Trong mit phang v&i hé toa dd Ozy,1ap phwong trinh duwdng thang d di qua diém A(1; 2) va cit dwong tron (C)
c6 phwong trinh (z — 2)? + (y +1)? = 25 theo mét day cung c6 dd dai bing [ = 8.

ed:a(x-1)+b(y-2)=0<ax+by-a-2b=0 (az+b2>0)

Vi d cat (C) theo diy cung c6 dd dai [ = 8 nén khoang cach tir tAm I(2; -1) cta (C) dén d bang 3.

2% —b—a—2b a=0
d([,d):ﬁ=3<:>|a—3b|:3\/a2+b2 & 8a® +6ab =0 < az—%b

ea=0:chonb=1=d:y-2=0 ea= —%b:ch(_)na=3,b=—4:>d:3X—4y+5=0.

Cau hoi twong tu:
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a)ddiquaO, (C):2> +y> — 20 +6y—15=10,1=8. PS: d:3z—4y=0;d:y=0.

b) d diqua Q(5;2), (C):a” +1> — 4z —8y—5=0, 1 =52,
PS:d:z—y—-3=0;d:17z2—Ty—71=0.

¢)ddiqua A9;6), (C): 22 +12 —8z—2y=0, =43

DS:d:y=2fv—12;d:y:—%w+%

http://www.Luuhuythuong.blogspot.com

HT 68. Trong mit phiang v&i hé toa do Ozy, cho dwong tron (C) : 2+ y2 + 2z — 8y — 8 = 0. Viét phwong trinh dwdong
thdng A song song v&i dwong thdng d : 3z +y —2 = 0 va cit dwong tron (C) theo mot day cung c6 do dai [ = 6.

* (C) c6 tAm I(~1; 4), ban kinh R = 5. PT dwong thdng Acé dang: 3z +y+c =0, ¢ = 2.

Vi A cét (C) theo mot day cung cé do dai bing 6 nén:

-3 +4+ c=4J10 -1
s a(ra)= 2 .
32+1 62—4\/5—1

Véy phuong trinh A cin tim la: 3x+y+4\/ﬁflzohoéc 3x+y74\/571:0.
Cau hoi twong tu:
a) (O):(r—32+(y—12=3,d:30—4y+2012=0, 1 =25 .

PS: A:3z—4y+5=0; A:3x—4y—15=0.

HT 69. Trong mit phing véi hé truc toa do Ozy,cho dudng tron (C):(z + 4)? + (y—3)* =25 va dwdng thing
A: 31 — 4y +10 = 0. Lap phwong trinh dwong thdng d biét d L (A) vad cit (C) tai A, B sao cho AB = 6.

® (C) c6 tAm I(- 4; 3) va c6 ban kinh R = 5. Goi H Ia trung diém AB, AH =3.Do d L A nén PT cua d c6 dang:
dx+3y+m=20.

| =16 +9 + m| m =27
o 2" 4

Vay PT cac duwdng thang can tim 1a: 4z + 3y +27 = 0 va 4z + 3y — 13 = 0.

Tacé: d(I,(A))) =1H = VA2 — AH? =5 3% —4

HT 70. Trong mit phing véi hé toa dd Ozy,cho dwong tron (C): z° +y° —2x—2y—3 =0 va diém M(0; 2). Viét
phwong trinh dwong thing d qua M va cit (C) tai hai diém A, B sao cho AB c6 do dai ngan nhét.

e (C)cotamI(1; 1) vabankinh R = \/g M = \/5 < \/g = M nam trong dwdng tron (C).

Gia st d 12 dwong thang qua M va H 13 hinh chiéu cta I trén d.
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Tac6: AB=2AH= 2142 — IH? =25 [H? > 25— IM? =23

D4u "=" x4y ra < H=M hay d L IM. V4y d 1a dwong thing qua M va c6 VTPT MI = (1,-1)
= Phuong trinhd: v —y+2=0.

Cau héi twong tu:

a) Véi (C): 2° + 3 — 8z — 4y —16 = 0, M(-1; 0). PS: d:5x+2y+5=0

HT 71. Trong mit phing v&i hé toa dd Ozy, cho dwong tron (C) c6 tAm O, ban kinh R = 5 va diém M(2; 6). Viét phwong
trinh dwong thang d qua M, cit (C) tai 2 diém A, B sao cho AOAB c6 dién tich 16n nhat.

e Tam giac OAB c6 dién tich 16m nhat < AOAB vudng cin tai 0. Khi d6 d(O,d) = #
Gia st phwong trinh dwong thing d: A(z —2) + B(y —6) = 0 (42 + B®> = 0)
—24 — 5455
52 l—2a—6B 52 ) ) B = J_A
d(0,d) = o = & 47TB? + 48AB—17A* =0 & 47\/_
2 /A2+BQ 2 B:—24+5 55A
47
+ Véi B—%:\/%A:chonA=47:>B= —24—5\/%
—d: 47(z —2) — (24 + 5v55) (y — 6) = 0
+ Véi 32%1—75\/%A:chQnA=47:B: —24+5\/£
= d: 47(z —2) + (=24 1+ 5v55) (y — 6) = 0
Cau héi twong tu:
a) (C)ia® +92 +4x—6y+9=0, M(1;—8).  DS: Tx+y+1=0; 17x+Ty+39=0.

HT 72. Trong mit phing véi hé toa dd Ozy,cho dudng tron (C): 22 + y2 —6x+2y—6=0 va diém A(3;3). Lap
phwong trinh dwdng thing d qua A va cit (C) tai hai diém sao cho khoadng cach gitra hai diém d6 bang do dai canh hinh
vuong noi tiép dwong tron (C).

¢ (C)cotamI(3; -1), R=4.Tac6: A(3;3) € (C).

PT dudng thing d c6 dang: a(z —3)+b(y —3) =0, a> +b°> = 0 & az +by —3a—3b = 0.

Gia str d qua A cét (C) tai hai diém A, B= AB = 4 V2. Goi I 12 tAm hinh vuéng.

30 —b—3a—3b
Tac():d([,d):2ﬁ(:%AD:%AB)@|a ‘ |=2\/5

\/a2 + b2
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@|4b|:2\/§ a2 +0% < a® =b2 < q—+b.Chonb=1thia=1hoica= -1.

Vay phwong trinh cac dwdng thang cin tim1a: x +y —6 =0 hodc z —y =0.

HT 73. Trong mit phdng v&i hé toa dd Oxy, cho hai dwong tron (Cq): 22 + y2 =13 va (C2): (z — 6)2 + y2 =25.GoiAla
mot giao diém clia (C1) va (Cz) véi ya > 0. Viét phwong trinh dwong thing d di qua A va cit (C1), (C2) theo hai day cung c6
do6 dai bang nhau.

¢ (C1) c6 tam O(0; 0), ban kinh Ry = \/E . (C2) c6 tdm I5(6; 0), ban kinh R; = 5. Giao diém A(2; 3). Gia s d:
a(z —2)+b(y —3) =0 (a® +b* = 0).Goi d, = d(0,d), d, = d(I,,d).
(6a—2a—30) (—2a—3b)? _

\ ez a1 2 2 p2 2 2 2 _
Tgiathiét= R’ —d’ =R, —d, & d) —d; =12 & s 2P =12
a a

b=20

b2 +3ab=0 .
= + Ja (:)b:—3a

e V&ib=0: Chona=1= Phwongtrinhd: z—-2=0.

eVéib=-3a:Chona=1,b=-3= Phwongtrinhd: z—-3y+7=0.

HT 74. Trong mit phing v&éi hé toa dd Omzy,cho dwong thing A1 mz+4y=0, dwong tron (C):
2?2 +y* =22 —2my +m® —24 = 0 ¢6 tAm L. Tim m dé dwdng thing A cit dwong tron (C) tai hai diém phan biét A, B sao

cho dién tich tam giac IAB bang 12.
® (C) c6 tAm I(1;m), ban kinh R = 5. Goi H 1 trung diém ctia ddy cung AB.

2
IH = d(I,A) = bt aml _ loml e m? = s (Sm) - %
Jm? £16  AIm? +16 m? 416 \m? +16

Saup =12 © d(ILA)AH =12 & 3m* —25lm| + 48 =0 & 16

HT 75. Trong maf phing tod doBOzy, cho dudng tron (C): 2 +y> =1, dwong thing (d): z +y +m = 0. THn m dé
(C)cat (d) taPA va B sao cho dié@l t@h tam gidc ABO lén nhét.

 (C) c6 tam 0(0; 0) , ban kinh R = 1. (d) cat (C) tai A, B < d(0;d) < 1

Khid: S, = OAOB.sin AOB = —_sin AOB < 2. Diu"="xéyra & A0B =90,
Vay S, l6nnhite AOB =90°. Khido d(l;d) = —= < m = +1.
)

HT 76. Trong mit phang v&i hé toa dd0 Ozy, cho dwong thang (d): \/5:1: +my+1-— \/5 = 0 va dwong tron c6 phwong
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trinh (C): 2 +y* — 2z 4 4y — 4 = 0. Goi 1 1a tim dudng tron (C). Tim m sao cho (d) cit (C) tai hai diém phan biét A
va B. V&i gia tri nao cia m thi dién tich tam giac [AB 16n nhit va tinh gia tri do.

e (C) c6tdm 1 (1; -2) vaban kinh R = 3.

(d) cit (C) tai 2 diém phan biet A, B < d(1,d) < R & N2 —2m + 12| < 342 + m2

S 1—dm+4m? <18+ 9m2 < 5mZ +4m +17>0< m € R
Tacé: S . —LIAIBsin AIB < L1A0B =2
aco: ap =54 sin < IAIB =3
Vay: 8, ,  I6nnhatla % khi AIB=90° < AB=Ry2 = 3v2 & d(I,d) —#
®|1—2m|=¥ 24 m2 o om? 416m+32=0 < m=—4

Cau hoi twrong tu:

AVéid:z+my 2m+3=0,(C):2® +1* +4z+4y+6=0. ps: m:O\/m:%

HT 77. Trong mit phdng v&i hé toa dd Ozy,cho dwong tron (O): 22 + y2 +4x — 6y +9 =0 va diém M(1;—8). Viét
phuwong trinh dwdng thing d di qua M, cit (C) tai hai diém A, B phan biét sao cho tam gidc ABI c6 dién tich 1ém nhat, véi 1
la tdm cda dwong tron (C).

¢ (C)cotim I(—2;3),bankinh R =2.

PT duwong thingd qua M(1;—8) cédang: d:azx +by—a+8b =0 (a® +b% =0).
N :%IA.IB.sinAIB =2sin AIB.

5

Do dé: S, 16m nhét e AIB = 90° & d(1,d) :IA;:\E

B — 7
@M:ﬁ 72 —66ab+ 11862 = 0 & |-

/ag N b2 Ta=17b

+Voib=1=a=7T=d:7Tx+y+1=0 +Voib=T=a=17T=d:17x+7y+39=0

HT 78. Trong mit phing véi hé toa dd Ozy,cho dwong tron (C): 2?4 y2 +4z+4y+6 =0 va duong thidng A:
T +my—2m+3 =0 v&i mla tham s thwc. Goi I1a tAm ctia dwdng tron (C). Tim m dé A cit (C) tai 2 diém phan biét A
va B sao cho dién tich AIAB 1én nhat.

e(C)cotamlal(-2;-2);R= \/5 . Gid st A cit (C) tai hai diém phan biét A, B.

Ké duwong cao IH ciia AIAB, ta c6: Spasc = SIAB = %IA.IB. sin ZIE = sin AIB
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Do dé S, 16m nhit < sin AIB =1 < AAIBvuéng tail < IH = 1A 1 (théalH <R)

V2

|1—4m|
\/m2 +1

Cau hoi twong tu:

& :1<:>15m2—8m=0<:>m=0haym=%

Q) Vi (C):a® + 4% — 20 +4y—4=0, A:20 +my+1—~2 =0. pS: m = 4.

b) Véi (C)::U2+y2—2:v—4y—520,A:z+my—2:0. bS: m=-2

HT 79. Trong mit phing véi hé toa dd Oxy,cho dudng thdng d: z-5y—-2=0 va duong tron (C):

2? + 4> + 22 — 4y — 8 = 0. Xac dinh toa db cac giao diém A, B ctia duwdng tron (C) va dwdng thing d (cho biét diém A co
hoanh d6 dwong). Tim toa do C thudc dwong tron (C) sao cho tam giac ABC vudng & B.

¢ Toa d0 giao diém A, B 12 nghiém ctia hé phwong trinh

2 2 = Uz =

2 _4 — = —07:13—2
Tty +20-dy-8=0 _ |Y Vi z, > 0 nén ta dugc A(2;0), B(-3;-1).
r—5y—2=0 y=-Lr=-3

Vi ABC =90° nén AC 1a dwdng kinh duong tron, tirc diém C déi xting véi didm A qua tAm I cta dwong tron.
Tam I(-1;2), suy ra C(-4;4).

HT 80. Trong mit phing véi hé toa dd Oy, cho duong tron (C): 2 + 4% + 22— 4y — 8 = 0 va dwong thing (A):
2z — 3y —1 = 0. Chtirng minh rang (A ) ludn cat (C') tai hai diém phan biét A, B. Tim toa do diém M trén dwong tron (
(') sao cho dién tich tam giac ABM 16&n nhit.

¢ (C) c6 tam I(-1; 2), ban kinh R = 13 . d(I,A) = —— < R => dwimng thing (A ) cit (C) tai hai diém A, B phan

Vi3

biét. Goi M 12 di€ém ndm trén (C), ta c6 S = lAB.d M,A). Trong d6 AB khong ddi nén S 1é6n nhit
AABM 2 AABM

d(M,A) 1én nhit.
Goi d 12 dwdong thing di qua tAm I va vudng géc voi (A ). PT dwong thang d1a 3z +2y —1=0.

Goi P, Q 1a giao diém cua dwong thing d voi dwong tron (C). Toa do P, Q 1a nghiém clia hé phwong trinh:

2 2 = =

2 _4 — e CE—l? __1
¥ +y° +2r—4y—38 0@ y = P(1;-1); Q(-3; 5)
30+2—1=0 r=-3y=5

1 ; dQ,A) = 22 .Nhw vy d(M,A) 1én nhit < M trung véi Q.

:ﬁ 13

Vay toa d6 diém M(-3; 5).

Tacé d(P,A)

HT 81. Trong mit phing véi hé toa dd Ozy, cho dwdong tron (C): 22 + y2 —2x—4y—5=10 vaA(0; -1) € (C). Tim toa
d6 cac diém B, C thudc dwong tron (C) sao cho AABC déu.
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¢ (C)cotam I(1;2) va R=\/ﬁ . Goi H 1a trung diém BC. Suy ra E = 2.E & H[;g]

AABC déu=1latrong tim. Phwong trinh (BC): 2 +3y —12=10

ViB, C € (C) nén toa do cda B, C la cac nghiém ctia hé phwong trinh:

x2+y2—2z—4y—5:0© 2?4y —22—4dy—5=0
z+3y—12=0 z=12-3y

Gidi hé PT trén ta dwoc:

B[7+2\/§;3—3\/§];C[7—\/§;3+23«/§

] hodc nguoc lai.
2 2

HT 82. Trong mit phang véi hé toa dd Ozy, cho dwong tron (C): (z — 3)2 +(y— 4)2 = 35 va diém A(5; 5). Tim trén (C)
hai diém B, C sao cho tam gidc ABC vudng cAn tai A.

AB=AC
® (C) c6 tam I(3; 4). Ta cé: {IB _Ic = Al la dwong trung truc cua BC. AABC vudng cén tai A nén Al ciling la

phén giac cia BAC . Do d6 AB va AC hop véi Al mot géc 457 .

Goi d 1a dwong thang qua A va hop véi Al mot goc 45" Khi d6 B, C 1a giao diém ctia d v6i (C) va AB = AC. Vi
171 = (21) # (1; 1), (1; -1) nén d khong cung phwong véi cac truc toa dd6 = VTCP cta d c6 hai thanh phan déu khac 0.
Goi ¥ = (1;a) 1a VTCP cua d. Ta co:

a=3
cos(IA,ﬂ)* |2+a| = |2+a| *\/§<:>\/5|2+a|=\/g 1+a & 1

_\/1+¢12\/22+1_\/E\/H[R_7 a=—q

r=5+1t

+Véia=3,thi ¥ = (1;3) = Phwong trinh dwong thiang d: :
y=5+3t

9+@;7+3@]’[9—J§;7—3«/ﬁ]

Ta tim dwgc cac giao diém caa d va (C) la: [

2 2 2 2
1 1 r=5+1
+Véia= ——,thi u = [1;——] = Phuwong trinh duwdng thang d: 1
3 3 y=>5——t

2 2 2

7+3JE.11—JE] [7—3@;14&5}
2 ) ) )

Ta tim dugc cac giao diém cua d va (C) la: [

7+3\/E_11—\/E] [9+\/E,7+3\/E]
2 ) b )

+Vi AB = AC nén ta c6 hai cdp diém can tim la: [ 5 5 5

N [7—3&;114—&], [9—\/5;7—3@]

2 2 2 2
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HT 83. Trong mit phang toa d6 Ozy, cho dwong tron (C): 22 +y? = 4 vacac diém A[l;—g], B(3;0) . Tim toa d¢ diém

M thudc (C) sao cho tam gidc MAB c6 dién tich bing 2—; .

. AB:,/4+6—94 :?; AB 4z —3y—12=0.Goi M(x;y) va h = d(M,AB).

4z —-3y+8=0
dr—3y—32=0

Tac():%h.AB_2—;@h_4<:>_|4I_35y_12|_4

= M(-2;0);M|——;— vO nghiém
20 [2575 2?4y =4 (vo nghiem)

dz—3y+8=0
+
x2+y2:4

14 48] [4m—3y—32:0
+

HT 84. Trong mit phing toa dé Ozy,cho dwong tron (C):2> +1° +2x—6y+9=0 va dudng thing
d:3x —4y +5=0.Tim nhitng diém M e (C) va N € d sao cho MN c6 d6 dai nhd nhét.

®(C)coétdm I(—1;3),bankinh R=1=d(I[,d)=2>R = dN(C)=2.

Goi A la dwong thang qua [ va vudng gocvéid = (A):4x +3y—5=0.

Goi N, _dmA;»NO[l;Z].
55

Goi M,, M, la cac giao diém ctia Ava (C) = M, [—%;%],Mz [—%?]
= MN ngan nhatkhi M = M|,N = N,,.

ed.

)

Vay cac diém can tim: M[—g;g] €(0), N[lZ
55 55
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PHAN III CAC BAI TOAN LIEN QUAN PEN TAM GIAC

Toan b tai liéu luyén thi dai hoc mén toan ciia thiy Luwu Huy Thuwéng:

http://www.Luuhuythuong.blogspot.com

HT 85.Trong mit phing v&i hé toa dd Oxy, cho tam gidc ABC ¢6 3 dinh A(—5;3), B(2;—1),0(—1;3).
a) Viét phwong trinh ba canh ctia tam giac.

b) Viét phwong trinh dwdng trung tuyén AM

c) Viét phwong trinh dwong cao BH

d) Viét phwong trinh dwéng trung trwc d cia canh AC.

e) Viét phwong trinh dwong phan giac trong dinh C.

Gidi
qua A(—5;3) _
a)Canh AB| - ~oAp ttO_y=3
vtep AB = (7;—4) 7 —4
qua A(—5;3) r=—-5+4t
Canh AC': oo = AC:
vtep AC = (4;0) y=3
qua B(2;—1 _
canh po |1 BB pop=2 al
vtep BC = (=3;4) -3 4
b) Ta c6, M 14 trung diém cua BC = M(%;l)
qua A(—5;3) 3
Phuong trinh dwong trung tuyén AM : — 11 =AM 2 t6_z-3
vtep AM = (—;-2) 11 -2
2 fu
2
qua B(2;—1) T=2+4t
c) buwong cao BH : — = BH :
vtpt AC' = (4;0) y=1

d) Goi N la trung diém ctia AC = N(—3;3)
) qua N(—3;3) r=-3+4t
Puwong trung tryccia AC: d : ) =d:

vtptA—(?:(él;O |ly=3

e)Tacé: BC:4z+3y—5=0;AC:y—3=0
Phwong trinh dwong phan giac goc tao béi BCva ACla:

4dr+ 3y —5=>5y—15
4z + 3y —5=—-by+15

20—y +5=0 (])

dz+3y—5 | y-—3
==+
z+2y—=5=0 (1)

) 1

Xét vi tri twong ddi ctia A va B so véi [

Tacd:t, =2.(-5)—3+5=-8;t, =22+1+5=10
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= t,tp =—80<0Vay,AvaB nam khéc phia so véi [, nén [ 1a dwong phan giac trong dinh C.

HT 86.Trong mit phing vdi hé toa do Oxy, cho tam gidc ABC c6 A(2;2) va phwong trinh hai dwong cao ké tir B va C
lanlwotla: d, : 92 — 3y —4 = 0;d, : v +y — 2 = 0. Viét phwong trinh cic canh ctia tam gidc ABC.

Giai
Lap phwong trinh AC :
Taco: AC Ld = AC:2+3y+c¢ =0
ACqua A(22) = ¢ =-8=AC:2+3y—8=0
Lap phwong trinh AB :
Tacé: AB L dy= AB:x—y+c, =0
ABqua A(%2)=c¢, =0=AB:z—-y=0
Lap phwong trinh BC :
2
Toa d6 diém B 1a nghiém cia hé phuongtrinh: |© ¥ =0 1" 734 (2.2
va d¢ ghié e phongtrinh: 10 o 2 P57
3
A i n R z43y—8=0 r=-—1
Toa d6 diém C la nghiém ctia hé phwong trinh : = C(-13)
r4+y—2=0 y=3
qua C(—1;3)
Vay, BC : — = BC:Tz+5y—8=0
vtchC:(fg;g)

http://www.Luuhuythuong.blogspot.com

HT 87.Trong mit phang véi hé toa do Oxy, cho tam gidc ABC c6 phuwong trinh hai dwong cao lan luwot 1a:
AH :4x—y—1=0va BK : 2 —y+ 3 =0, trong tAm tam gidc G(1;2). Viét phwong trinh cac canh cia tam

giac.
Giai

Toa d6 diém A(a;4a —1); B(b;b + 3)
Hé thirc trong tam trong tam giac:

IA+IB+IC CL+b+I
T =— o l=—-—C 130237@—17

3 & 3 & & 0(3—a—b4—4a—b)
Yg+yp + e da—1+b+3 Yo =4—4da—>

AC =(3—2a—b;5—8a—b); BC = (3—a—2b;1— 4a — 2b)
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R —

,{ACLBK ACup, =0 {3—2a—b+5—8a—b:0
Ta co:

R b ——
BC 1 AH BCau,y =0 3—a—20+4-16a—8b=0

Sa +b=4 a=1
=
1Ta+106=7 " |b=-1
Vay, A(1;3), B(—1;2),C(3;1)

Phwong trinh céc canh (hoc sinh tw viét)

AB:2—-2y+5=0AC:2+y—4=0,BC:z+4y—7=0

HT 88.Trong mit phing v&i hé toa dd Oxy, cho tam gidc ABC c6 dinh A(1; 3) va hai dwong trung tuyén cda no cé
phwong trinh la: z -2y +1= 0 va y — 1= 0. Hay viét phwong trinh cac canh ctia AABC.

Gidi
Thay toa dd diém A vao phwong trinh hai dwong trung tuyén ta thay khong théa man.
Khong mit tinh t6ng quat, dit trung tuyén BM :z —2y +1=0,trungtuyén CN :y—1=0

Toa dd trong tdm G la nghiém ctia hé phwong trinh:

r—2y+1=0 T =
& = Gl
{le [y &)

Ta c6, toa dé B(2b — 1;0);C(c;1)

_IA+IB+IC 1_1+2b71+6

Tq -1
Hé thitrc trong tam tam giac: < 3 & 3 &
yg g +yo 173+b—|—1 c=5H
Yo =T T T 3

Vay, B(=3;-1),0(51)
Phwong trinh ba canh (hoc sinh tw viét)

®(AC):x+2y-7=0;(AB):x-y+2=0; (BC):x-4y-1=0.

HT 89.Trong mit phing v&i hé toa dd Oxy, cho tam gidc ABC c6 A(21). Pudng cao BH c6 phwong trinh
z—3y—7=0. DPuwong trung tuyén CM c6 phwong trinh 2+ y+1 = 0. Xac dinh toa d6 cac dinh B, C. Tinh
dién tich tam giac ABC.

Gidi

e AC qua A va vubng géc véi dwong cao BH = (AC) : 2 —3y—7=0.

) . r—3y—7=0
Toa d6 diém C la nghiém ctia hé: = C(4;-5).
r+y+1=0
. 24z 1+ 24z 14
Trung diém M ctia AB ¢6: x,, = 5 B . Yo - M e (CM) :,>—B+%+1:0.
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T—3y—T=0
Toa dé diém B la nghiém ctia hé: {2 + ¢ 14y = B(—2;-3).
B B 1
2 2
, ) r—=3y—7=0 14 7
Toa dj diém H la nghiém cta hé: = H|—;——]|.
3X+y—7=0 5 5
BH:@; 40 =210 = 8, 5 L - Loy 80 (dvde).
5 2 2 5

HT 90.Trong mit phing véi hé toa d6 Oxy, cho AABC c6 toa do dinh B(3; 5) , phwong trinh duwdng cao ha tir dinh A va
duwong trung tuyén ha tir dinh Clan lwotla d,: 2x-5y+3=0va d,: x +y - 5= 0. Tim toa d¢ cdc dinh A va C
cta tam giac ABC.

Giai

*Goi M la trung diém AB thi M € d,, nén M(a;5—a).Dinh A € d| nén A[%—;g;b].

M la trung diém AB:

Ty tag =2z, 4a —5b =3 a=2
& & =A(1;1).
Yy +typ =2yy 20 +b=5 b=1

Phwong trinh BC: 5Xx +2y —25=0; C = d2 N BC =C(5;0).

HT 91.Trong mit phing véi hé toa dd Oxy, cho tam gidc ABC c6 A(4;—2), phwong trinh dwong cao ké tir C va dwong
trung tryc ctia BC lan lwotla:  —y+2 =0, 3x +4y —2 = 0. Tim toa d6 cac dinh B va C.
Gidi

e Dwdng thang AB qua A va vudng géc véi dwong cao CH = (AB) iz —y +2 = 0.

Goi B(b;2—1b) € (AB), Cl¢;e +2) € (CH) = Trung diém M ctia BC: M[b ; ¢ ,#]
Vi M thudc trung trwc ciia BCnén: 3(b+c¢)+4(4—b+c¢)—4=0 & —b+7c+12=0 (1)

BC = (¢ —b;c+b)la1 VIPT ctia trung trwc BCnén A(c —b) = 3(c +b) < c=Tb (2)

ww(1)va(2) = c = ——,b=—=. dy B|——;— 70 =
T (1)va(2) = c Vay [ ] [ ]

HT 92.Trong mit phing v&i hé toa dd Oxy, cho tam gidc ABC biét A(5; 2). Phwong trinh dwong trung truc canh BC,
dwong trung tuyén CC lan lwotlax +y -6 =0va 2x -y + 3 = 0. Tim toa d6 cac dinh ctia tam giac ABC.

Gidi
e Goi C(c; 2¢ + 3) va I(m;6 —m) la trung diém cia BC. Suy ra: B(2m —¢; 9 —2m — 2¢).

: 2m — 11— 2m —2
Vi C’la trung diém ctia AB nén: C'| =2 2”5; ;” ‘lecc
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5.41]

) [2mc+5]_112m20+3:O$m:_§$][__7_
6 6" 6

nén 2
2

HT 93. Phwong trinh BC: 3z —3y+23=0 = C[%é—;] = B[?,g] .Trong mit phang vé&i hé toa do Oxy, cho

tam gidc ABC c6 dinh A(3; -4). Phwong trinh dwdng trung truc canh BC, dwdng trung tuyén xudt phat tiv C
lanlwotla d, : 2 +y—1=0vad,:3r—y—9=0.Timtoa dj cic dinh B, C cla tam giac ABC.

Gidi
*Goi C(¢;3¢c —9) € d, va M la trung diém ciia BC = M(m;1—m) € d, .

= B2m— 11— 2m — 3¢). Goi 11a trung diém ciia AB, ta c6 1|22 726+3;7727;736 :

2m—c+3_7—2m—3c
’ 2 2

Vil e (d,) nén 3 —-9=0em=2 = M2,-1)

= Phuong trinh BC: x —y—3=0. C = BCNd, = C(3;0) = B(1;-2).

HT 94.Trong mit phang véi hé toa dd Oxy, cho tam giadc ABC c6 A(3; 5); B(4; -3), dwong phan giac trong vé tir C 1a
d:x+2y—8=0.Lap phwong trinh dwdng tron ngoai ti€p tam giac ABC.
Giai

®Goi E la diém déi xirng ctia A qua d = E € BC. Tim duoc E(1;1)
= PT dwong thang BC: 4x +3y+1=0. C =dNBC = C(-2;5).

Phwong trinh dwong tron (ABC) c6 dang: 22 + y2 —2az —2by +c =0 a?> +b2—c>0

4a —10b + ¢ = —29

Tacé A B, C e (ABC) = —6a—10b+c:—34©{a:%;b:§; CZ*T%
—8a+6b+c=-25

A . \ NI 2 ) 99

Vay phwong trinh dwong tron la: x~ 4+ y —m—zy—qz

http://www.Luuhuythuong.blogspot.com

HT 95.Trong mit phing véi hé toa dd Oxy, cho AABC biét: B(2; -1), dwdng cao qua A c¢6 phwong trinh di:
3z — 4y 427 = 0, phan giac trong géc C c6 phwong trinh dz: z +2y — 5= 0. Tim toa do diém A.

Gidi

e Phurong trinh BC: ””T_Z YL oq do diem C(—1:3)

+ Goi B’ la diém dédi xitng ctia B qua dz, I la giao diém ctia BB’ va d..
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= phwong trinh BB’ r=2 = y+l &S2r—y—5=0
§ 2r—y—5=0 r=3
+ Toa dj diém I la nghiém ctia hé: S = I(3;1)
r4+2y—5=0 y=1
Ty =22, —z5, =4
+ Villa trung diém BB nén: {* ® LB " B'(4;3)
Ypr =2yr —yp =3
+ Dwong AC qua C va B’ nén cé phwong trinh: y -3 =0.
Toa dé diém A la nghigm caa hé: |* > =0 Aen3)
+ H < = A(—9;
oa dé diém A la nghiém ctia hé S0 — 4y +27 = 0 y=3

HT 96.Trong mit phing v&i hé toa dd Oxy, cho tam gidc ABC c6 phwong trinh duwdng phan gidc trong goc A 1a (d1):
4y +2 =0, phwong trinh dwong cao vé tir B 1a (d2): 22 —y +1 =0, canh AB di qua M(1; -1). Tim phwong
trinh canh AC.

Gidi
*Goi N I diém d6i xitng cia M qua (d;) = N € AC. MN = (zy, ~ 1, yy +1)

Tacd: MN [ /ng, =(11) & oy —)—1(yy +1)=0 & ay —yy =2 (1)

Toa dg trung diém I ctia MN: z, = %(1—:5]\,), Yr :%(—1+yN)

1 1
Ie(dl)@5(1—mN)+5(—1+yN)+2:0@xN+yN+4:O 2)

Gidi hé (1) va (2) ta dwoc N(-1; -3)
Phwong trinh canh AC vuéng goc véi (dz) cé dang: x + 2y + C = 0.

Ne(AC) & 14+2.(=3)4+C =0« C=1. Vdy, phwong trinh canh AC: x + 2y + 7 = 0.

HT 97.Trong mit phing v&i hé toa dd Oxy, cho tam gidc ABC véi A(1; -2), dwong cao CH : z—y+1= 0, phan giac
trong BN :2x 4y +5 = 0. Tim toa d6 cac dinh B, C va tinh dién tich tam giac ABC.

Gidi
eDo AB | CH nénphwong trinh AB: x +y+1=0.

= B(—4;3).

=
r+y+1=0

) 2r+y+5=0 r=-4
+B= ABN BN = Toa dj diém B la nghiém ctia hé: 3
y:

+ Ldy A’ déi xitng véi A qua BN thi A' € BC.

Phwong trinh dwong thdng (d) qua A va vudng géc véi BN la (d): © —2y—5=0.
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CH:z—y+1=0

Goi I = (@) BN . iaihe: | VTP 70 suyraiie13) = A3
= . : . SA(-1; = —o;—
0i I = (d) iihgr | Sy a1 3) = AY-3-4)
\ i1 a 13 9
+ Phwong trinh BC: Tz + vy + 25 = 0. Gidi hé: [BC’ Tt+y+25=0= C[z Z]

2 [ 714+1(=2)+25
+BC:\/[ 4+13] +[3+§] :i d(4;BC) = | |:3\5.
4 4 4 \/7 12

_B\fx/g 45

Suyra: Sypo = (A BC).BC =

HT 98.Trong mit phang véi hé toa dd Oxy, cho tam gidc ABC c6 dinh B(2;—1), dwdng cao xudt phat tir A va dwdng
phén giac trong géc C lan lwot 1a d, : 3x —4y +27 =10, d, : 2 +2y —5 = 0. Viét phwong trinh cac canh ctia
tam gidc ABC.

Gidi
e Dudmg thang BC qua B va vuéng géc véi d; = (BO): 4x +3y+5=0.

i . 4x+3y+5=0
Toa dé dinh C la nghiém ctia hé: = C(-L3).
z+2y—5=0

Goi B’la diém déi xitng ctia B qua d, = B'(4;3) va B' € (AC).
Duong thang ACdiqua CvaB’= (AC):y—3=0.

. o |y —3=0 .
Toa d6 dinh A la nghiém ctia hé: [3x—4y+27:03A(_5’3)'

Duong thang ABqua Ava B = (AB) : 4x + 7Ty —1=0.
Vay: (AB):4x+T7y—1=0, (BC):4x+3y+5=0,(AC):y—3=0.

http://www.Luuhuythuong.blogspot.com

HT 99.Trong mit phang v&i hé toa dd Oxy, cho A ABC c6 dinh A(1;2), phwong trinh dwong trung tuyén BM:
2z +y+1=0 va phan gidc trong CD: = +y —1 = 0. Viét phwong trinh duwdng thing BC.

Gidi

e Diém C € CD:z+y—1=0= C(t;1—1t). Suy ra trung diém M ctia AC la M[—t—gl —3;t].

TirA(1,2),ké AK L CD:x+y—1=0 tail (diém K € BC' ).

Suyra AK:(z—1)—(y—2)=0<z—y+1=0.

BE HQC VO BO - CHUYEN CAN SE PEN BEN Page 40




GV. Luvu Huy Thuéng 0968.393.899

z+y—1=0

%yH:O:I(o;l)

Toa do diém I théa hé:

Tam gidc ACK cdn tai C nén I la trung diém ciia AK = toa dd ctia K(—1;0).

Duwdng thdng BC di qua C, K nén cé phwong trinh: ol

Y odr13yr4a=0
—7+1 8

HT 100.Trong mit phang véi hé toa do Oxy, cho tam gidc ABC c6 dinh C(4; 3). Biét phwong trinh dwdng phén gidc
trong (AD): x + 2y —5 = 0, dwong trung tuyén (AM): 4x + 13y —10 = 0. Tim toa d6 dinh B.
Gidi

eTacéA=AD NnAM = A(9; -2). Goi C’la diém dé6i xibng ctia C qua AD = C’ € AB.

Ta tim dwoc: C12; -1). Suy ra phwong trinh (AB): ;—_z = %
-9 -1+

e r+T7y+5=0.

Viét phwong trinh duong thing Cx //AB = (Cx): ©+ Ty —25=0

HT 101.Trong mit phang véi hé toa dd Oxy, cho AABC, v4i dinh A(1; -3) phwong trinh dwong phan gidc trong BD:
x +y —2 = 0 va phwong trinh dwong trung tuyén CE: z + 8y — 7 = 0. Tim toa dd cac dinh B, C.
Giai

e Goi E la trung diém ctia AB. Gid siv B(b;2—b) € BD = E %;—%b] CCE =b=—3

= B(—3;5). Goi A’la diém ddi xitng ctia A qua BD = A’ e BC. Tim dwoc A15; 1)

z+8y—7=0

= C(T7;0).
T4+2y—7=0 (7;0)

= Phwong trinh BC: x +2y—7=0; C:C’EHBC:{

HT 102.Trong mit phang v&i hé truc toa do Oxy cho tam gidc ABC véi B(1;—2) dwong cao AH :z—y+3=0.
Tim toa dd cac dinh 4, C cta tam gidc ABC biét C thudc dwong thing d:2z +y—1= 0 va dién tich tam giac

ABC bang 1.

Gidi
e Phwong trinh BC : z +y+1=0.C=BCnd = C(%-3).

[ + 9, +1]
Goi A(zyy,) € AH = 1, —yy +3=0 (1); BC =2, AH = d(4,BC) -t
P

zy +yy +1 o +y, +1=2 (2
SAABczlAH.BC:1<:>l.—| 0 -0 |.\/§=1<:> 0% @)
2 2 N2 Ty +y,+1=-2 (3)
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=-1
Tir (1) va (2) = "o = A(-1;2). Tir (1) va (3) = "o = A(-3;0)
Yo = 2 Yo = 0

HT 103.Trong mit phiang v&i hé toa dd Oxy, cho tam gidc ABC ¢6 dinh A(—1;—3), trong tAm G(4;—2), trung tryc ctia
ABla d: 3x +2y —4 = 0. Viét phwong trinh dwong tron ngoai tiép tam gidc ABC.
Giai

Nk

®Goi M la trung diém clia BC = AM :%E =>M E;?)]

AB 1 d =ABnhdn i, = (2;—3) lam VTPT = Phuong trinh AB :2x =3y —7=0.
Goi N la trung diém ctia AB =N =ABnd = N(2;,—1) = B(5;1) = C(8;—4).

PT dwaong tron (C) ngoai tiép AABC ¢6 dang: o2 + y2 +2ax+2by +¢c=0 (a2 +2—c> 0).

T4
24+ 6b — ¢ = 10 T
Khi dé ta cé hé: {10a+2b+c=—-26 < b:—E.Véy: (C):x2+y2—ﬁx+ﬁy+§=0
16a —8b +c = —80 87 21 7 3
‘73

HT 104.Trong mit phing v&i hé toa do Oxy, cho tam gidc ABC c6 phan giac trong AD va duwdong cao CH Ian lugt c6
phwong trinh z +y—2=0, £ —2y+5=0. Diém M(3;0) thudc doan AC thod man AB = 2AM . Xac dinh

toa do cac dinh A, B, C ciia tam giac ABC.

Gidi
®Goi E la diém déi xirng ctia M qua AD = E(2;—1).
Duong thang AB qua E va vuéng géc véi CH = (AB):2x +y—3=0.

] . 2x4+y—3=0
Tog dj diém A la nghiém ctia hé: y—2=0 = A1) =>PT (AM):2+2y—3=0
r+y—2=

Do AB =2AM nénE la trung diém ctia AB = B(3;-3).

T4+2y—3=0

O(=1;2
s—2y+5=0 ~ (L2

Toa d6 diém C la nghiém ctia hé: {

Cdu hoi twong tu:

a) (AD):z—y =0, (CH):2x+y+3=0, M(0;-1). bs: A(l;l);B(—3;—1);C[—%;—2]
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HT 105.Trong mit phiang véi hé toa do Oxy, cho tam gidc ABC can tai A, dwong thdng BC c6 phuong trinh
z+ 2y —2=0.Duong cao ké tir B c6 phwong trinh z —y +4 =0, diém M(—1;0) thudc duwong cao ké tir C.

Xac dinh toa d6 cac dinh ctia tam giac ABC.
Gidi

r+2y—2=0
® Tog dé dinh B la nghiém ctia hé: = B(—2;2).
r—y+4=0

Goi d la dwirng thdng qua M va song song véi BC = d:x+2y+1=0.
Goi N la giao diém cia d véi dwirng cao ké tiv B = Toa dd ctia N la nghiém ctia hé:
r—y+4=0
= N(=3;1).
[I +2y4+1=0 (=31
Goi I la trung diém ctia MN = I[—2;1]. Goi E la trung diém cua BC = IE la dwong trung tryc cia BC =

IE : 4x -2y +9=0.

r+2y—2=0
praa—o =g = o)

Toa dé diém E la nghiém ctia hé: :
4x —2y+9=0 5 10

Duwong thang CA qua C va vuéng goc véi BN = CA : x + y — 5 =0

4x —2y+9=0 13 19
Toa dé dinh A la nghiém ctia hé: 3 = A[——;—]-
o4y -2 =0 1010

13 19 4
Vay: A|——;—|, B(—2;2), C|——;—|.
i [ 10 10] ( ) [ ) ]

HT 106.Trong mit phing v&i hé toa do Oxy, cho tam gidc ABC c6 dinh A thudc duwdong thing d: z —4y —2 =0, canh
BC song song v&i d, phwong trinh dwong cao BH: z + y 4+ 3 = 0 va trung diém cua canh AC 1a M(1; 1). Tim toa

do cac dinh A, B, C.
Giai

®Ta cé AC vubng goc véi BH va di qua M(1; 1) nén cé phwong trinh: y = X.

. . r—4y—2=0
Toa dj dinh A la nghiém cta hé : &
y=x
y=-=

Vi M la trung diém ctia AC nén C[%; 2]

Vi BC di qua C va song song véi d nén BC c¢é phwong trinh: y = 1 +2

Page 43
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r+y+3=0 = 4
BHNBC =B: T = = B(—4;1)
y:ZJrQ y=1

http://www.Luuhuythuong.blogspot.com

HT 107.Trong mit phing v&i hé toa dd Oxy, cho tam gidc ABC c6 dwong cao BH : 3x + 4y +10 = 0, dwdng phan
giac trong goc A 12 AD c6 phwong trinh 1a z —y +1 =0, diém M(0; 2) thudc dwdng thang AB dong thoi cach €

mot khoang bang \/5 . Tim toa dd cac dinh cta tam giac ABC.

Gidi

®Goi N ddi xitng véi M qua AD.Tacé N € ACva N (1;1) = PTcanh AC : 4z — 3y —1=0
A=ACNAD = A(4;5).ABdiqua M, A = PTcanh AB:3z —4y+8=0 = B[3;~i]

Goi C(a;b)e AC = 4a—3b—1=0,tacé MC = \/5 = C(1;1) hodc C[% ; %]

Kiém tra diéu kién B, C khdc phia v&i AD, ta c6 cd hai diém trén déu théa mdn.

HT 108.Trong mit phing v&i hé toa do Oxy, cho tam gidc ABC c6 trung diém canh AB 1a M(—1;2), tAm dwdng tron
ngoai tiép tam giac la 7(2;—1). Pudong cao clia tam gidc ké tir A c6 phwong trinh 2x +y +1= 0. Tim toa do
dinh C.

Giadi

o PT dwirng thang AB qua M va nhdn MI = (3;—3)lam VTPT: (AB):z—y+3=0.

r—y+3=0
Togdédié’mAlc‘znghiémcﬁahé:{ Y A[—4 5].

WAy +1=0
. B, A 27
M(—1;2) la trung diém ctia AB nén B[—g;g].

2

r=—-——42t
Duwong thang BC qua Bva nhdn 7t = (2;1) lam VTCP nén c6 PT: -
Y 3
b £ 2 7
Gia st C|—=+2t;—+t| € (BC).
3 3
2 2 2 2 [t=0 (loaii vi C = B)
Ta co: IB:IC’@[Qt—§] +[t+E] =[§] [E] = 4
3 3 3 3 t:g

Vay: C[E,g]
15 15
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HT 109.Trong mit phang v&i hé toa d6 Oxy, cho tam gidc ABC c6 dudng cao AH, trung tuyén CM va phan giac trong

BD. Biét H(—4;1), M [%;12] va BD ¢6 phwong trinh £ +y —5 = 0. Tim toa d dinh A cda tam gidc ABC.

Gidi
e Dwdng thang A qua H va vuéng géc véi BD ¢6 PT: t —y+5=0. ANBD = I = I(0;5)

Gidstt ANAB=H'.ABHH' cdn tgi B =11a trung diém cia HH' = H'(4;9).

Phwong trinh AB: 5z +y—29=0.B=ABNBD = B(6;—1) = A[%;%]

HT 110.Trong mit phing v&i hé toa do Oxy, cho tam gidc ABC c6 dién tich bing g, A(2;-3), B(3;-2). Tim toa do

diém C, biét diém C ndm trén dwong thang (d): 3z —y -4 = 0.
Gidai

T=1
o PTTS ctia d: . Gid st C(t; -4 + 3t) € d.
y=—443t

2 t=-2
S_éAB.AC.sinA_%\/ABQ.ACQ —(aB.ac) =§ o a1 =3 |,

=C(-2; -10) hodc C(1;-1).

HT 111.Trong mit phdng Oxy, cho tam gidc ABC biét A(2; -3), B(3; -2), c6 dién tich bing g va trong tdm G thudc

dwong thdng A: 37—y — 8 = 0. Tim toa do dinh C.
Giai

®Tacd: AB = N2, trung diém M[g;—g]. Phwong trinh AB: z —y—5=0.

1 3 3
S o =L ABA(C,AB) =3 = d(C,AB) = .
tp = 3 APAC.AB) =] = 40.45) =
t—(3t—8)—5 t=1
GoiG(t;St—S)eA:d(G,AB):i:M:L<:>
- & 6=
eVGi t =1 = G(1;-5) = C(~2; -10) eV t =2 =G(2;-2) = C(1; -1)
Cdu héi twong tu:
a) Véi A(2:—1), B(l:—2), — 2 Genztry—2-0. PS: C(18:—12) hodc C(—9:15
i A1), B S pe 227GA c hodc C
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HT 112.Trong mit phang vé&i hé toa dd Oxy, cho dwdng thing d : z + 2y — 3 = 0 va hai diéfm A(-1;2), B(2;1). Tim
toa do diém C thudc dwong thdng d sao cho dién tich tam gidc ABC bang 2.

Gidi

e AB =10, C(—2a + 3;a) € d. Phuong trinh dwiomg théng AB : ¢ + 3y —5 = 0.

1 1 |a_2| a=06
Spapc =2 <:’5AB-d(C,AB) =2 @5\/5.—: 2 &

To 2 Ta-2
Vi a =6 tacé C(—9;6) Vi a =—2 tacé C(7;—2).

Cdu héi twong tu:

a)Void:z—2y—1=0,A(1;0),B(3-1), S 5, =6. bS: C(7;3) hodc C(—5;—3).

HT 113.Trong mit phing v&i hé toa do Oxy, cho tam gidc ABC c6 A(2; -3), B(3; -2), dién tich tam giac bang 1,5 va
trong tAm I ndm trén dwong thing d: 3x —y — 8 = 0. Tim toa dd diém C.

Giai
28
eVéCH L AB,IK L AB.AB = N2 = CH = Z2AABC _ 3 k=Ltog- L.
AB 4 2
Gid st I(a; 3a-8) € d. Phuwong trinhAB: x —y—5=0.

a=2
dI,AB)=1IK <|3-2=1 & | =12 -2) hodc I(1; -5).
a =

+V6i1(2;-2) = C(1; -1) + V6i I(1; -5) = C(-2; -10).

HT 114.Trong mit phang v&i hé toa do Oxy, cho tam gidc ABC c6 A(1;0), B(0;2), dién tich tam giac bang 2 va trung

diém I ctia AC ndm trén dwong thang d: y = x . Tim toa d6 diém C.

Gidi

e Phuwong trinh AB:2x +y—2=0.Gid st I(t;t) € d = C(2t —1;2t).
Lo 1 4
Theo gid thiét: Sp 4o :EAB.d(C,AB) =2 olt—4d=14 ot=0 tzg.

FVGI t=0 = O(—1;0) +Vé'ité:>0[§;§],
3 373

HT 115.Trong mit phing v&i hé toa dd Oxy, cho tam giac ABC v6i AB = \/g, dinh C(—1;—1), dwong thang AB c6
phwong trinh 2 + 2y — 3 = 0, trong tdm cta AABC thudc duwong thing d: 2 + y — 2 = 0. X4c dinh toa dd cac
dinh A, B ctia tam giac ABC.

Giai
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GV. Luvu Huy Thwéng
2a—1
, — 2 e =
®Goi I(a;b) la trung diém cua AB, G la trong tdm AABC = CG :§CI = 2b3 1
Ya :T
Do G € d nén 221171—|—E—2:0 = Toa dj diém I la nghiém ctia hé:
a+2b—3=0 .
_ _ I(5;—1).
201 2 1_2:0:{17_13 (5;—1)
3 3
A B e (AB) r+2y—3=0
Ta co = Toa dj cdc diém A, B la cdc nghiém ctia hé: 5
- (@52 +y+17 ==
2 4
1
r=4y=——
= 2 = A[4;l], B[6;§] hodc A[6;§], B[4;1].
3 2 2 2 g
$_67y__§

HT 116.Trong mdt phang véi hé toa dd Oxy, cho diém ((2;1) va hai dwong thing d :z+2y—7=0,
dy : 5x +y —8 = 0. Tim toa d¢ di€ém B € d,,C € d, sao cho tam gidc ABC nhan diém G lam trong tam, biét A

1a giao diém cua d,, d, .

Giai

r+2y—7=0 z=1
= = A1;3).
5X+y—8=0 y=3

e Tog dé diém A la nghiém ctia hé: {

Gid st B(7 —2b;b) € d; C(c;8 — 5¢) € d,y.

Ty +2p+ T,

e = 2b—c=2 b=2
Vi G la trong tam ctia AABC nén: 3 = = .
_Yatugtyo b—5c=-8 c=2
Z/G—f

Vay: B(3;2), C(2;-2).

HT 117.Trong miat phdng Oxy, cho tam gidc ABC cin tai A(—1;4) va cdc dinh B, C thudc dwdng thing
A:z—y—4=0.Xac dinh toa dd cic diém B, C, biét dién tich tam giac ABC bing 18.
Gidi

® Goi H la trung diém ctia BC = H la hinh chiéu cia A trén A = H [g,—%] = AH =

e

Theo gid thiét: S, , e = 18 = %BC’.AH —18= BC =42 = HB= HC =2\2.
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z—y—4=0 I:E~y:§

Toa dé cdc diém B, C la cdc nghiém ciia hé: 2 1P & 2
_f 1 _ 3 5
2 2 2’ 2

Vay B[E;é],c[ﬁ;i] hodc B[ﬁ;é]’ C[Eﬁ]
2 2 2 2 2 2 279
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HT 118.Trong mit phang véi hé truc toa dd Oxy, cho hai dwdng thingdi: 2 +y+5=0,dz: 2 +2y -7 =0 vatam
giac ABC c6 A(2; 3), trong tAm la diém G(2; 0), diém B thudc d; va diém C thudc d; . Viét phwong trinh duwdong
tron ngoai tiép tam giac ABC.

®Do B e d;nénB(m;-m-5),Ced;nénC(7-2n;n)

24+m+T7—2n=3.2 m=—1
Do G la trong tdm AABC nén & =B(-1;-4),C(5 1)
3—m—-—5+4+n=3.0 n=1

= PT dwdng tron ngoai tiép AABC: 7 + y2 - %x + %y B % W

HT 119.Trong mit phang toa dd Oxy, cho tam giac ABC, c6 di€ém A(2; 3), trong tdm G(2; 0). Hai dinh B va C lan lwot
ndm trén hai dwong thing d:z+y+5=0 vad,:r+2y-7=0. Viét phuong trinh dwong tron cé tam C

va tiép xuc voi dwong thang BG.

Giai

*Gid st B(—5—b;b) € dj; C(7 =2c;¢) € d,.

xB+xC+2:6

Vi G la trong tdm AABC nén ta c6 hé:
Yp + Yo +3=0

=B(-1,-4), C(5;1).

Phuwong trinh BG: 4z -3y — 8 = 0. Bdn kinh R = d(C,BG) = %

= Phwong trinh dwomg tron: (z—5)> + (y —1)> = i—;

HT 120.Trong mit phang véi hé toa do Oxy, cho tam gidc ABC c6 A(—3;6), trwc tAm H(2;1), trong tAm G [% ,g] . Xac

dinh toa d6 cac dinh B va C.

Gidi

1
279

Duwong thang BC qua I vuéng géc véi AH c6 phwong trinh: © —y—3 =0

®Goi I la trung diém ctia BC. Ta cé AG = %ﬂ =1
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Vil la trung diém cia BC nén gid st B(zg;yp) thi C(T—zp;1—yp) va 5 —yp —3=0.

H la truc tdm ctia tam gidc ABCnén CH 1 AB; CH = (—5+IB;yB),E = (v +3yz —6)

_—— T 7yB:3 Ile IBZG
CHAB=0&1"8 & \Y
(g —5)(zg +3)+(yz —6)=0 [

Vay B(1,—2),C(6;3) hodc B(6;3),C(1;—2)

HT 121.Trong mit phang v&i hé toa dd Oxy, cho tam gidc ABC can tai A c6 dinh A(6; 6), dwdng thing d di qua trung
diém cta cac canh AB va AC c6 phuwong trinh x + y —4 = 0. Tim toa d cac dinh B va C, biét diém E(1; —3) ndm
trén dwong cao di qua dinh C ca tam giac da cho.

Giai

®Goi H la chdn dwdng cao xudt phdt tir A = H déi xitng véi A qua d = H(—2;—2)

= PT dwong thang BC: x +y+ 4 = 0. Gid sit B(m;—4 —m) € BC = C(=4 —m;m)

= 6@2(5+m;737m), E:(mfG;fIOfm).

Vi CE L AB nén ABCE =0 < (m—6)(m +5) + (m +3)(m +10) = 0 & m = 0; m = —6.
Vay: B(0;—4), C(—4;0) hodc  B(—6;2), C(2;—6).

HT 122.Trong mit phang véi hé toa do Oxy, cho tam gidc ABC c6 dinh A(2;4). Pwong thing A qua trung diém cta
canh AB va AC c6 phwong trinh 4z — 6y +9 = 0; trung diém cta canh BC ndm trén dwong thdng d c6

phwong trinh: 22 —2y —1= 0. Tim toa dd cac dinh B va C, biét rdng tam giac ABC c6 dién tich bing g va

dinh C c6 hoanh d6 1é6n hon 1.

Giai

40,31

® Goi A’ la diém ddi xirng ciia A qua 4, ta tinh dworc A'[ . E] = BC:22-3y+1=0

Ta goi M la trung diém ctia BC, thi M la giao ctia dwiorng thdng d va BC nén M[g;Q].

Gidsiv C|2 Lot € (BC). Taco S5 s pp = ~d(ABC).BC & =1L po o po=13 & om =32
2 2 2 2413 2
2
3t—6 , 13 [t=3 o3
= t—2) =—— B(1;1).
é\/[ 2 ] o= ‘:)ltzﬂi) C(1) (toaiiy ~ 2D

Vay: B(1;1), C(4;3).

HT 123.Trong mit phing toa dd véi hé toa dd Oxy, cho AABC véi AB = \/3, dinh C(—1;—1), phwong trinh canh
AB:x+2y—3=0 vatrong tim G cla AABC thudc dwong thdng d:z+y—2 = 0. Xac dinh toa do cac
dinh A, B cua tam giac.

Gidi

*Goi I(z;y) la trung diém AB, G(z,;y,) la trong tdm clia AABC
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2¢ —1
N N IGi
=S0G=20 & 3
3 _2y—1
Ya 3

20 -1 2y—1

Ged:z+y—2=0néncé: z,+y, —2=0

r+2y—3=0

Toa do diém I théamdnhé: 12, -1 2y—1 ) O:>I(5;—1)
5 =

2
AB 5
GQiA(:EA;yA):>IA2—(IA5)2+(yA+1)2_[T] :Z,

Honnita A€ AB:x+2y—3 =0 suyratoa dj diém A la nghiém ctia hé:

Ty +2y,—3=0 Ty =4 ry =6
2 2 5 1V 3
T, —5b] + +1] =— = —— =——
(A ) (yA ) 1 Ya 9 Ya 9
Vay: A 4’,1 ,B|6; 3| hodc B 4’,1 LA 6,7§ .
2 2 2

HT 124.Trong mit phing vdi hé toa dd Ozy, tim toa do cac dinh cia mot tam gidc vudng can, biét dinh C(3;—1) va

phwong trinh cia canh huyénla d: 3z —y+2=0.

Gidi

® Tog dj diém C khéng thod mdn phwong trinh canh huyén nén AABC vudng cdn tai C. Goi I la trung diém ctia
AB. Phwong trinh dwong thdng CI: x +3y = 0.

I=CINAB :1[%;%] = Al = Bl = CI = /?

ABed 3r—y+2=0 I:§_ :Q

Ta co: = 2 2 « 5 5
Al =Bl = |2 - P _r g9, 17
5 5 5 5 T YT s

Vdy toa d6 2 dinh cdn tim la: [g,?],[g,z]

HT 125.Trong mit phéng v&i hé toa dd Oxy, cho diém C(2; -5) va dwong thdng A c6 phwong trinh: 3z —4y +4 = 0.

sao cho dién tich tam gidc ABC bang 15.

Tim trén A hai diém A va B d6i xitng nhau qua [ [2;3

Gidi
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3a+4 16 —3a

1
eA:»B[zla, ; ]:SABC_EAB.d(C,A)_sAB:ABzi

e Goi A[a;

2
— a=4
AB=5& (4 *2a)2 +[6 23a] =25 I 0 Vdy hai diém cdn tim la A(0; 1) va B(4; 4).
0=

HT 126.Trong mit phang v&i hé truc toa dd Oxy cho tam gidc ABC vudng tai A(2;1), diém B nam trén truc hoanh,
diém C ndm trén truc tung sao cho cac diém B, C c6 toa do khong am. Tim toa dd cac diém B, C sao cho tam
gidc ABC c6 dién tich 1&6n nhit.

Giai

eGid st B(b;0), C(0;c), (b,c > 0).

(@31

AABCvubng taid e ABAC =0 e c=—2b+5>0e 0<b<>.

[\

1 1 2 2 2 2 2
SAABc=§AB-AC=§\/(b—2) +1.\/2 +(e=1)° =02 +1=b"~4b+5

dat GTLN < b = 0 = B(0;0),C(0;5).

5
Do0<b<—nénS
-7 =9 AABC

http://www.Luuhuythuong.blogspot.com

HT 127.Trong mit phing v&i hé toa dd Oxy, cho tam gidc ABC ¢6 trwc tAm H(—1;6), cac diém M (2;2) N(1;1) 1an lwot

1a trung di€ém ctia cac canh AC, BC. Tim toa d6 cac dinh A, B, C.

Gidi
e Duwong thing CH qua H va vudéng géc véi MN = CH :z +y +5 = 0.
Gid st C(a;5 —a) € CH :Eﬁz(lfa;afél)
Vi M la trung diém ctia AC nén A(4 —a;a—1) = AH = (@ —5;7—a)

Vi N la trung diém ciia BC nén B(2 — a;a — 3)

a=3
Vi H la trwe tdm AABC nén: AHCN =0 < (a—5)(1—a)+(7T—a)la—4)=0 < 11-
a=—=

2

+V6i a=3 = C(32),A(1;2), B(—1,0)

e :0[2;_1],,4[_&9],3[_13]
2 2’ 2 2’9

HT 128.Trong mit phing vé&i hé toa dd Oxy, cho tam gidc ABC c6 diém M(-1; 1) 1a trung diém clia canh BC, hai canh
AB, AC 1an lwot ndm trén hai dwomng thdng di: 2 +y —2 =0 va dz: 2x + 6y + 3 = 0. Tim toa do cac dinh A, B,
C.

Giai
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T+y—2=0
y :A[w 7]'

e Toa dé diém A la nghiém ctia hé:
2x+6y+3=0

-3—2c

Gid sit: B(b;2—1b) e d, C[c; ] € dz. M(-1; 1) la trung diém ctia BC

HT 129.Trong mit phiang véi hé toa do Oxy, cho AABC cn c6 day 1a BC. Pinh A ¢4 toa do 1a cic s6 dwong, hai diém
B va C ndm trén truc Ox, phwong trinh canh AB:y = 3\/;(13 —1). Biét chu vi cia AABC bing 18, tim toa do
cac dinh A, B, C.

Giai
e B=ABNOs= B;0), Ac AB = Ala;3V7(a—1)) = a > 1 (do 5, > 0,3, > 0).

Goi AH la dwong cao AABC = H(a;0) = C(2a —1;0) = BC =2(a—1),AB=AC =8(a—1).

Chuvi AABC =18 & a = 2 = C(3;0), A(2;3V7).

HT 130.Trong mit phing v&i hé toa do Oxy, cho tam gidc ABC biét phwong trinh cdc dwdng thang chira cac canh AB,
BC lan lwot la 42+3y-4=0; z-—y—1=0. Phian gidc trong cla géc A nam trén dwong thdng
x 42y —6 =0.Tim toa do cac dinh cia tam giac ABC.

Giai

dx+3y—4=0 {x:—Z

e Toa df ctiia A nghiém diing hé ph trinh:
oa df ctia A nghiém diing hé phwong trin [I+2y6—0

8 dr+3y—4=0 z=1
Toa d6 cua B nghiém diing hé phwong trinh & =B (1; 0)
r—y—1=0 y=0

Phwong trinh AC qua diém A(-2;4) cé dang: a(x +2)+bly—4)=0< ax + by +2a—4b =0

Goi Ay 14z +3y—4=0;Ay :2+2y—6=0;A, :ax+by+2a—4b=0

Ttr gid thiét suy ra (AQ;A?)) = (A ;

lla+28  |41+23

a=0
3a—4b=0

Do dé cos(Ay; Ay) = cos(A;A,)

& la+2b = 20a? +1% < a(Ba—4b) =0 <
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°a=0=b=0.Dodé Ay:y—4=0
®3a-4b=0:Chona=4thib=3.Suyra A, : 4z +3y—4 =0 (trung véi A, ).

Do vdy, phwong trinh ctia dwong thing AClay - 4 = 0.

—4=0 T =
Toa dé ctia C nghiém dung hé phwong trinh: [y 120 & { = C(54)
r—y—1= Yy =

HT 131.Trong mat phing véi hé toa do Oxy, biét toa dd truc tAm, tAm dwong tron ngoai tiép tam gidc ABC lan lwot 1a
H(2;2), I(1;2) va trung diém M[g,g] cta canh BC. Hiy tim toa d6 cac dinh A, B, C biét Tp >, (25, 20

1an lwot hoanh dd diém B va ().

Gidi

® Goi G la trong tam AABC ta co : E{' = —2& =G %;2]

Mdt khdc vi GA = —2GM nén A(=1;1). Phwong trinh BC: 3z +y —10 = 0. Pwong tron (C) ngoai tiép A cé

tam I(1;2) va ban kinh R =4 +1=+/5.Dodé (C): (z —1)° +(y—2)* = 5.

Khi dé toa d B ;C la nghiém hé :
3r+y—10=0 y=4 y=1

<w—1>2+<y—2>2=5@{x=2 v{w—3

Vi zp > x, nénB(3;1); C(2;4). Vay : A(-1; 1), B(3; 1) ; C(2; 4).

HT 132.Trong mit phang vé&i hé toa do Oxy, cho tam gidc ABC can tai C c6 dién tich bing 10, phwong trinh canh AB
1a z —2y =0, diém [(4; 2) 1a trung diém ctia AB, diém M[4; g] thudc canh BC. Tim toa d6 cac dinh A, B, C

biét tung d6 diém B 16n hon hodc bing 3.

Giai

*Gid str B(2yp;yp) € AB = A8 —2yp;4 —yp). Phwong trinh CI: 22 +y —10=0.

Goi C(z,;10 —23,) :,>|E’I1 :\/g|4*1?c Z];' :\/%LUB *2|-

’

Toyp —4yp — 21, =-6 (1)

1
S =—CIAB =10 & |4y, +2z, —x -8 =2 &
ABC T | Yp ¢~ TcYp | Ty — 4y — 25, = —10 2)

41—z = k(2y, —4)

Vi MeBC=CM=kMBo1 11 9| = 25.yy — 6y, — 53, +16=0 (3)
——+2z, =klyg — =
2 2
z -4y, — 22, = —6 :flf\/g
T (1) va(3): |-CVB VB VB (logi, vi y,, > 3)
200y —6yp —510 +16=0 " |y — 140
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4y, — 21, = —10
eTir(2)va(3): |.C°8 " BT C

—3
YB = (thoa)
20y3—6y3—5fv0+16—0 Ty =2

Vay A(2; 1), B(6; 3), C(2; 6).

HT 133.Trong mit phing véi hé toa dd Oxy, cho tam gidc ABC vudng tai A, cac dinh A, B thudc dwong thidng d: y = 2,
phwong trinh canh BC: \/gac —y+2=0.Tim toa dd cac dinh A, B, C biét ban kinh dwong tron noi tiép tam
giac ABC bang NER

Giai

e B=dnBC =B(0;2). Gidstr Aa;2) € d,(a = 2), C(c:2+ \3) € BC,(c = 0).

AB = (—a;O),A_d = (c—a;cx/g),% = (c;cx/g) = AB=ld, AC = J(e—a)* +3c2,BC = 2|dl

ﬁ@ -0 ABAC =0

AABCvubng ¢ Ava r =3 = o
S =pr %AB,ACZWA@

alc—a)=0 c=a=0

(=
al\[cfa, +3¢2 (|a|+2|cl+\lcfa + 3¢ )\/5 |a|=3+\/§

c=a=3++3 = AB +3:2),0(3 +43;5+ 33)
a=-3-3 = A(-3-3:2),0(-3-V3:-1-3\3)

=

HT 134.Trong mit phang véi hé toa dd Oxy, tim toa dd cac dinh clia tam gidc vudng can ABC, c6 phwong trinh hai canh

AB:z—2y+1=0, AC :2z + y — 3 = 0 va canh BC chra diém I[%;l].

Gidi
®Ta cé: AB L AC = AABC vuéng cdn tai A = A(1;1).
Goi M(x ; y) thudc tia phéan gidc At ctia géc BAC . Khi d6 M cdch déu hai dwong thang AB, AC. Hon niva M va |
cung phia déi véi dwong thidng AB va cung phia déi véi dwong thang AC,
|:1:—2y+1| B |2I+y—3|
NG V5

(I2y+1)[§2+1

tirc  la:

>0 =z+3y—4=0

w

>0

e +y-— 3)[3 +1-3

r—2y+1=0
3x—y—7=0

At L BC = iign =(3-1) = BC:3z—-y—-7=0; B=ABNBC: = B(3;2);
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2c0+y—3=0

=A BC :
c CNBC 3xfy77:():>

C(2;-1).

HT 135.Trong mit phing véi hé toa dd Oxy, cho tam gidc ABC vudng can tai A, biét cac dinh A, B, C IAn lwot ndm trén
cac duwongthingd: 2 +y—-5=0,d;: 1+1=0,d2: y+2 = 0.Tim toa d cac dinh A, B, C, biét BC = 5\/5.
Giai

o Chii y: d; L dz va AABC vudng cdn tai A nén A cdch déu dy, d2 = A la giao diém ciia d va dwirng phdn gidc ctia
goctao bdidy, d =A(3; 2).

Gid st B(-1; b) € dy, C(c; -2) € do. AB = (—4:b—2), AC = (c — 3;—4).

- ABAC =0 [pb=5c=0  [AB3:2), B15), O(0;—2)
ez —s0 Tlo=-1c=6 " |A3:2), B-1-1), C(6-2)

HT 136.Trong mit phang v&i hé toa do Oxy , cho tam gidc ABC can tai dinh C biét phwong trinh duwdong thing AB 1a:
x4y —2=0,trong tam clia tam giac ABC 1a G [%,g] va dién tich cia tam giac ABC bang 6—25 . Viét phvong

trinh dwong tron ngoai ti€p tam gidc ABC.

Giai
®Goi Hla trung diém ctia AB = CH | AB =CH: z—y—3=0 = H[g,%] = (C(9;6).
, - pp— 13 13
Goi A(a;2 —a)€ AB = B(b—a;a—3) = AB =(5—2a;2a — 5); CH—[;;?]
65 1 65 9 a =
SAABC :?@EABCH:?@8G — 400 =0 & 4=5

eVgia=0 = A0;2); B(5;,—3) eVgia=5 = A(5-3), B(0;2)

PT dwong tron (C) ngoai tiép AABC cé dang: 1> +y* +2az +2by+c =0 (a® +b> —c > 0)

St

4b+c=—4 C 2%

(C)qua A, B, Cnén {10a —6b+c=-34 < bzi—59
18a +12b +c = —117 2666

13

137 59 66
=)+ -y +—==0
©) Y 13 13y 13

HT 137.Trong mit phang toa dd Oxy, cho A ABC c6 phwong trinh canh AB:  +y -3 =0, phuwong trinh canh AC:

1 ’
3xr4+y-7=0 vatrong tam G[2;§]. Viét phwong trinh dudng tron di qua trwc tdm H va hai dinh B, € cia
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tam gidc ABC.

Giadi
e A=ABNAC = A(2;1). Gid st B(m;3—m), C(n;7—3n).

2+m+n==6 m=1

1
G|2:—| lat tdm AABC nén: B(1; 2), C(3; -2
[’3] @ trong tam e s T —sn=1 |negy = BEACE2)

AH 1 BC
Hlatrwctdm AABC < { . ., < H(10;5).
BH 1 AC

PT dwong tron (S) qua B, C, H ¢6 dang: 2° + y* + 2az + 2by + ¢ = 0 (a2 +b%—c> 0)

2a +4b+c= -5 a=—6
DoB CHe(S) e {6a—4b+c=—-13 < 1b=-2.Vay(S): 2° +y> =122 4y +15=0.
200 +10b+c=—125 |c=15

HT 138.Trong mit phing v&i hé toa dd Oxy, cho diém A(0; 2) va dwong thdng d: = — 2y +2 = 0. Tim trén d hai diém
B, C sao cho tam giac ABC vuong tai B va AB = 2BC.

Giai
Ta c6, tam giac ABC vudng tai Bnén AB L BC hay AB 1 d

Suyra, AB:2r +y+c =0; ABqua A(0;2)nén ¢, = -2 = AB:22+y—-2=0

2
' , 20+y—2=0 |*7% 2 6
Toa do diém B la nghiém ctia hé phwong trinh: & 5= B —=
z—2y+2=0 6
5

2 2
AB:ﬁ,Toadﬁ C(2¢—2;¢) = BC = 20—2 + c—g
5 5 5
2+5 122 62
Theo dé bai: AB=2BC & — =2,[|2c——| +|c——
5 5 5
c=1
<:>l:562412c+%<:>562712c+7:0<:> 7
5 5 C:g

Véi, c =1= C)(0,1)

voi, o= T w047
5 5 5

Két ludn: B[%;g] ; CL(031); C, [_;_]
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HT 139.Trong mit phdng véi hé toa do Oxy, cho tam gidc ABC vudng cin ngoai ti€p dwong tron (O): 2?2+ y2 =2.
Tim toa d6 3 dinh ctia tam giac, biét diém A thudc tia Ox.

Gidi
Ala giao ctia tia Ox véi (C) = A(2;0).
Hai tiép tuyén ké tr Adén (C)la: x +y—2=0va z—y—2=0.
Vi AABC vuéng cdn nén canh BC tiép xiic véi (C) tai trung diém M ctia BC

= M la giao cua tia dé6i tia Ox vdi (C) = M (—\/5; 0).

Phwong trinh canh BC: x = \2.Bvacla cdc giao diém ctia BC vdi 2 tiép tuyén trén

— Toa dé 2 diém B, C la:(—2:2 +2), (-2, -2~ 2).

HT 140.Trong mat phing véi hé toa dd Oxy, cho tam gidc ABC c6 trung diém cta canh BC 1a diém M (3;—1), dwong
thang chira dwong cao ké tir dinh B di qua diém FE(—1;—3) va dwong thing chira canh AC di qua diém F(1;3).

Tim toa d6 cac dinh cta tam giac ABC, biét rang diém déi xirng cta dinh A qua tAm dudng tron ngoai tiép tam
gidc ABC la diém D(4;—-2).

Gidi
Goi H la trwc tdm cta tam gidc ABC, ta chitng minh dwoc BDCH la hinh binh hanh nén M la trung diém cta HD
suy ra H(2;0). Duong thing BH ¢6 VTCPla EH = (3;3) = VIPTId iy, = (,—1) = BH 13—y —2 =0
+ACvuéng gécvei BHnén iy = gy = (1) = AC 2 +y—4=0

+ACvudng gécvei CD nén 7y =iy = (5,-1)= DC:x-y—-6=0.

r+y—4=0

= C(5—1
f—y—6=0 (5:-1)

+ Cla giao ctia AC va DC nén toa dj C la nghiém ctia hé: {

+ M la trung diém ctia BC nén B(1;—1). AH vuéng géc véi BC = AH :x—2 =10

z—2=0

= A(2;2).
z+y—4=0 (22)

+ A la giao diém ctia HA va AC nén toa do A la nghiém ctia hé [

Vay: A(22), B(L;,—1), C(5-1).

HT 141.Trong mit phing véi hé toa d6 Oxy, cho tam gidc ABC vudng tai A, biét B va C ddi xtirng nhau qua gdc toa dd.

Puong phin giic trong cta géc ABC la d:x+2y—5=0. Tim toa d6 cic dinh cia tam gidc biét duong
thang AC di qua diém K(6;2)

Gidi
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Gid st B(5 —2b;b),C(2b — 5,—b) € d, 0(0;0) € BC

Goi I d6i xirng véi O qua phdn gidc trong géc ABC nén I(2;4)va I € AB

Tam gidc ABC vudng tai A nén BI = (2b — 3;4 — b) vudng goc véi CK = (11—2b;24b)

b
«:s(2b—3)(11—2b)+(4—b)(2+b):O@—5b2+3Ob—25:0<:>l

+V6i b=1= B(3;1),C(—3—1) = A(31) = B (loai)

£V6i b =5= B(~55),C(5-5) = A[%;%]
Vay A[%;%];B(—as);cw;—s)

HT 142.Trong mit phing v&i hé toa dd Oxy, cho tam gidc ABC c6 dinh A [%,g] va phwong trinh hai dwong phan giac

trong BB z —2y —1 =0 vaCC: z + 3y —1 = 0. Chitng minh tam gidc ABC vuodng.
Gidi

Goi Ay, A; lin lwot la diém déi xibng ctia A qua BB CC”= A4, Az € BC.

Tim dwoc: A1(0; -1), A2(2; -1) = Phwong trinh BC: y = —1 = B(-1;-1), C(4;-1)

DA_B'J_R:);].VUOAHQ.

HT 143.Trong mit phing v&i hé toa do Oxy, cho phwong trinh hai canh clia mot tam giac 1a 52 —2y +6 =0 va
4x + Ty — 21 = 0. Viét phwong trinh canh thi ba ctia tam gidc d6, biét rang tryc tAm ctia né trung véi goc toa
do.

Gidi
Gid str: (AB):5x =2y +6 =0, (AC): dx + Ty —21 =0 = A(0;3).
Puwong cao BO di qua B va vuéng géc véi AC = (BO) : Tx —4y = 0 = B(—4;-7).

Canh BC di qua B va vuéng gécvéi OA = (BC):y+7=0.

HT 144.Trong mit phdng v&i hé toa do Oxy, cho tam gidc ABC c¢6 dinh B(—12;1), dwdng phin gidc trong goc A c6

phuongtrinh d: 242y —-5=0. G %%] 12 trong tAm tam gidc ABC. Viét phwong trinh dwdng thang BC.

Gidi

Goi M la diém déi xibng ctia B qua d = M(—6;13) € (AC).
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Gid st A(5 —2a;a) € d = C(8 +2a;1—a).
Do m,m cung phwong = a = -2 = C(4;3)
Vay: (BC):z—8y+20=0.

http://www.Luuhuythuong.blogspot.com

HT 145.Trong mit phing véi hé toa do Oxy, cho tam giac ABC can, canh day BC c6 phwong trinh di: 2 +y +1=0.
Phwong trinh dwong cao vé tir B1a dz: z — 2y —2 = 0. Diém M(2; 1) thudc dudng cao vé tir C. Viét phwong
trinh cac canh bén cda tam giac ABC.

Giai

B(0; -1). BM = (2:2) =MB LBC. KéMN // BC cdt d; tai N thi BCNM I hinh chir nhdt.

PT dwong thang MN: z +y—3=0.N=MN Nnd; = N[g%]

NC L BC = PT dwéng thing NC: I—y—%: 0. C=NCrd; = C[%;-—g].

AB 1 CM = PT dwong thdang AB: = +2y+2=0.

AC | BN = PT dwong thdang AC: 6z + 3y +1=0

HT 146.Trong mit phing v&i hé toa do Oxy, cho tam gidc c6 phwong trinh hai canh 14 AB: 52 -2y +6=0 va
AC : 4z + 7y —21 = 0. Viét phwong trinh canh BC, biét rdng trwc tAm cta no tring véi goc toa do O.

Gidi
AB:5x -2y +6=0; AC: 4x+7y-21=0 =A(0;3)
Phwong trinh dwong cao BO: 7x =4y =0 = B(-4; -7)

A ndm trén Oy, vdy dworng cao AO ndm trén truc Oy = BC:y + 7 = 0.

HT 147.Trong mit phing véi hé toa do Oxy, cho tam gidc ABC c6 phuwong trinh canh AB: 2 —y —2 = 0, phwong
trinh canh AC: z + 2y — 5 = 0. Biét trong tAm ctia tam giac G(3; 2). Viét phwong trinh canh BC.

Gidi
A=ABNAC =A(3;1). Goi B(b;b—2) € AB,C(5—2c;c) € AC.

3+b+5—-2c=9 =5
=B(5;3),C(1;2)

Do G la trong tam ctuia AABC nén =
1+b0—-2+c=6 c=2

= Phwong trinh canh BC: ¢ — 4y +7 = 0.

HT 148.Trong mit phéng véi hé toa dd Oxy, cho tam gidc ABC c6 A(2; 7) va dworng thing AB cét truc Oy tai E sao cho |
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AE = 2EB. Biét rang tam giadc AEC cn tai A va c6 trong tim 1a G [2;%] . Viét phwong trinh canh BC.

Gidi
Goi M la trung diém ctia BC. Ta cé AG = %m =M(2; 3).
Pudng théng EC qua M va ¢6 VTPT AG = [0;2] nén cé PT:

y =3 =E(0; 3) = C(4; 3). Ma AE = 2EB nén B(-1; 1).

= Phwong trinh BC: 2x — 5y +7=10.

HT 149.Trong mit phang v&i hé truc toa do Oxy, cho tam giac ABC can tai A, phwong trinh cac canh AB, BC lan luot
laz+2y—1=0va 3z —y+5=0.Viét phwong trinh canh AC biét AC di qua diém M(1;-3).

Gidi
Budng thang AC c6 VTPT: i, = (1;2). Pudng thang BC c6 VTPT i, = (3;—1).
Puong thing AC qua M(1; -3) nén PT c6 dang: a(z —1) +b(y+3) =0 (a® +0° = 0)
AABC cdn tai dinh A nén ta c6: cos(AB,BC) = cos(AC,BC)

- 3-2 _ 30 4 & 222 —15ab+202 =0 S a==b V a=-—b

\/12 +22\/32 +12 a® +b2\/32 +12 2 11

oVéi a = %b, chona=1,b=2tadwgcAC: x+2y+5 =0 (logivikhidéAC//AB)

e Vi a :1—21b,chpna:2,b=11 ta dwoc AC: 2x + 11y +31=0.

Cdu héi twong tu:

a) AB:12x —y—23=0, BC:2x—5y+1=0, M(3;1) bS: AC :8x+9y—33 =0.

b) AB:2x—y+6=0, BC:z—3y—2=0, M(3;2). bS: AC :z2+2y—T7=0.

HT 150.Trong mit phing v&i hé toa dd Oxy, cho tam gidc ABC c6 diém A(2; 3), dwong phan gidc trong goc A co
phuong trinh z — y +1 =0, tdm dwong tron ngoai ti€p tam gidc ABC 1a I(6; 6) va dién tich tam giac ABC gip
3 1an dién tich tam giac IBC. Viét phwong trinh dwong thing chira canh BC.

Gidi
Goi (C) la dworng tron ngodgi tiép tam gidc ABC. (C) c6 tdm 1(6;6) va bdn kinh R =IA =5
= (C): (z—6)* +(y—6)> =25

Goi D la giao diém clia (C) véi dwong thdng z —y +1 = 0 = D(9;10)
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Tacé: ID | BC = ID = (3;4) la VTPT ctia BC = Phwong trinh BC c6 dang : 3z +4y+m =0

m = —54
Theo d& baita 6 Sx 4o =385 pc = d(ABO)=3d(1,BO) & 18+ ml =342 +ml |

Vdy c6 hai dworng thdng théa YCBT : 3z + 4y —54 =0 va 3z +4y—36 =0

HT 151.Trong m3t phing v&i hé toa dd Oxy, cho tam gidc ABC c6 trwc tim H(—1;4), tAm dwong tron ngoai tiép
I(—3;0) va trung diém cta canh BC1a M(0;—3). Viét phwong trinh dwdng thidng AB, biét diém B c6 hoanh do
dwong.

Gidi
Gid stv N Ia trung diém cia AC. Vi AABH ~ AMNI va HA // MI nén HA = 2MI = A(—T7;10)

(z+37° +1° =116

Tacé: IA = IB, IM | MB = Toa d6 diém B thod hé:
—-3x+3(y+3)=0

= B(7;4).

Vdy: Phwong trinh AB : 3x + 7y —49 = 0.

http://www.Luuhuythuong.blogspot.com

HT 152.Trong mat phing v&i hé toa do Oxy, cho tam gidc ABC c6 A(3; 3), B(2; -1), C(11; 2). Viét phwong trinh dwong
thang di qua A va chia AABC thanh hai phan c6 ti s6 dién tich bang 2.

Gidi
Goi d 12 dwong thing cin viét. Goi M = d N BC

Khi d6 tam gidc ABC dwgc chia thanh hai tam gidc ABM va ACM.

Taco: S,y = %d(A,BC).BM; N éd(A,BC).CM

ACM —

s
Theo d& bai: —24BM. — 9 — 2= — 9 hojic
AACM M

Trwong hop 1: ﬂ: 2 & BW = 2%
CM
Dt M(a:b); BM = (a—2:b+1),MC = (11 — a;2 —b)

= M(8;1)= AM : 2z +5y—21=0

a—2=22—2a a=38
Suy ra: &

b+1=4-2b b=1

Twong ty véi tredng hop: g—ﬁ = éta duwoc: AM: 3z +2y—15=0

Két ludgn: 3z + 2y — 15 = 0; 2z + 5y — 21 = 0.
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HT 153.Trong mat phang véi hé toa d6 Oxy, cho 2 dwong thang d, :22 45y +3=0; d,:52—2y—7 =0 citnhau
tai A va di€ém P(—7;8). Viét phuong trinh dwong thang d, di qua P tao voi d, d,thanh tam gidc can tai A va

c6 dién tich bing 2—29 .

Gidi
Tacé A(l;—1) va d; L d,.PT cdc dwomg phdn gidc cia cdc goc tao béi d,, d, la:
A Tx+3y—4=0vad; 3z—-Ty—10=0
dstgovoi d, dy mgt tam gidc vuéng can = d, vudng goc véi 4, hodc Az.
= Phwong trinh cia d,cédang: Tz +3y+C =0 hay 3z —Ty+ c'=0
Mt khdc, d, qua P(=7;8)nénC=25 ;C’=77.

Suyra: d, : Tz +3y+25=0hay dy :3x—-Ty+77=0

. . 2 s gy
Theo gid thiét tam gidc vudng cdn co6 dién tich bang ?9 = canh huyén bdng \/%

V58

Suy ra dj dai dwong cao A H e d(A,d)

V58

e Vi dy : Tz + 3y +25 =0 thi d(4;d,) = —~= ( thich hop)

eV6i dy : 3z — Ty +77 =0 thi d(4;d,) =3 (loai)

V58

HT 154.Trong mit phéng v&i hé toa dd Oxy, cho 4 diém A(1;0), B(-2;4), C(-1;4), D(3;5). Tim toa dd diém M thudc
dwong thdng (A): 3z —y —5 = 0 sao cho hai tam giadc MAB, MCD c6 dién tich bang nhau.

Gidi

T =1
Phwong trinh tham sé ctia A: 35 M e A= M(t; 3t-5)
Yy=aot—

Syup = Sycp < AM,AB).AB = d(M,CD).CD & t = -9V 1 :%: M(—9:—32), M[%Q]

)

HT 155.Trong mit phing toa do Oxy, cho tam gidc ABC c4n tai A c6 phwong trinh 2 canh AB, AC lan luot la
T+2y—2=0va2z+y+1=0,diém M(1;2) thudc doan BC. Tim toa do diém D sao cho DB.DC' c6 gia tri
nho6 nhit.

Giai

Phwong trinh BC ¢6 dang: a(x — 1) + b(y —2) = 0,a® +b* > 0.
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|a+2b| - |2a+b| a=—b

AABC can tai Anén cos B = cosC < = &
Vi 4025 a2 +p2as 10770

oVéia=—-b:chonb=—-1la=1=BC:z—y+1=0 = B(0;1), C %;%]:;Mkhéng thudc doan BC.

eVéia=b:chona=b=1 = BC: z+y—3=0 = B(4—-1), C(—4;7) = M thudc doan BC.

L 2 2
Goi trung diém cia BC la 1(0;3).Ta c6: DB.DC = (DI + IB).(DI + IC) = DI* —% > —%

Ddu "="xdyra < D = I.Vay DB.DC nhé nhdt khi D(0; 3).

http://www.Luuhuythuong.blogspot.com

HT 156.Trong mit phing v&i hé toa dd Oxy, cho diém A(2;-3), B(3;-2), tam giac ABC c6 dién tich bing g; trong tam

G cua AABC nam trén dwong thing (d): 3z — y — 8 = 0. Tim ban kinh dwdng tron ndi tiép A ABC.

Gidi
a—b-—5 25
Goi C(a; b), (AB): x -y -5 =0 = d(C; AB) = | | ="AABC
J2 AB
a—b=8 (1 _
:>|a—b—5|:3<:> (), Trong tam G a+5;b_5 € (d) =3a-b=4(3)
a—b=2 (2) 3

*(1),(3) =C(-2;10) =r=

S 3
P_\/§+\/g+@

(2, (3) > C(1;-1) = r =2

3
P 2425

HT 157.Trong mit phang toa dd Ozxy, cho tam gidc ABC c6 dién tich biang 96 . Goi M (2;0) la trung diém cta AB,

phén giic trong clia goc A c6 phwong trinh: d:z —y —10 = 0. Pwong thing AB tao v&i d mot goc o théa

man coso = g . Xac dinh cac dinh cta tam gidc ABC'.

Gidi
Goi M' doi xitng véi M(2;0) qua d:z—y—10=0 = M'(10;-8).
PT dwing thing AB qua M (2;0) ¢é dang: a(z —2)+by = 0.

. o la — ol 3 |a=Tb
ABtaovdi d:xz—y—10=0 mitgéc @ = ————=cosa =— <

\/a2+b2\/5 g b=Ta

eVéia=Tb =AB: To+y—14=0. AB cdtdtai A= A(3%—T7) = B;T) = AB = 1032
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1 1 — _
= Saamp = EAB-d(M'»AB) =48 =75 pe = AC =24M"= CAT;-9)
eV6ib=Ta =AB: x+Ty—2=0. AB cdtd tai A= A9%—1) = B(—51) = AB = 1052
1 1 _ -
= Saam s :5AB-d(M',AB) =48 :gsAABc = AC =24AM' = C(11;—15)

Vay, A(3;—7), B(1;7), C(17;—9) hodc A(%-1), B(—51),C(11;—15).

HT 158.Trong mit phing toa d Ozy, cho tam gidc ABC vudng tai A. Pinh B(1; 1). Pwong thdng AC c6 phwong trinh:
4z + 3y — 32 = 0. Trén tia BC 1dy di€ém M sao cho BC.BM = 75. Tim dinh C biét ban kinh ctia dwong tron

ngoai ti€p tam giac AMC bing % .

Gidi
Duwong thang (AB) qua B va vudng géc vdi (AC) = (AB) : 3x —4y +1=0 = A(5;4).

Goi E la giao diém ctia dwdng tron ngoai tiép cia tam gidc AMC véi BA thi ta cd:

—_— —_——

BA.BE= BM.BC = 75 (viM ndm trén tia BC ) = tim dwgc E(13;10).
Vi AAEC vudng tai A nén CE la dwong kinh ciia dwong tron ngogi tiép AAMC = EC = 5\/5. Do dé C la giao cua
dwong tron tdm E bdn kinh r = 5V5 véi dwdong thdng AC.

dr4+3y—32=0 r=2y=2~8

= Toa do cua C la nghiém ctia hé =
T ge T @13 +(y—10° =125 |r =8y =0

Vay: C(2;8) hodc C(8;0).

HT 159. Trong mit phing toa d0 Oy, cho tam gidc ABC vudng tai A, phwong trinh duwdong thidng BC:

\/gm —y— \/g = 0, cac dinh A va B ndm trén truc hoanh va ban kinh dwong tron noi tiép tam giac ABC bang 2.
Tim toa do trong tdm G cua tam giac ABC.

Gidi

\/ga:fyf\/g:O
=

Toa d6 diém B la nghiém ctia hé: 0
y =

B(1;0).

Dwdrng thdng BC ¢ hé s6 géc k = \/g nén ABC = 60" = dwdng phdn gidc trong BE ctia tam gidc ABC c6 hé sé

Vi 3
?m——.

géc k' = ?3 nén cé phwong trinh: y = 3

Tdm 1(a;b) ctia dwong tron ngi tiép AABC thugc BE va d(I,0x) = 2 nén: bl = 2.

FVoib=2 = a=1+23 = I(1+23:2).
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+Voib=-2 ma=1-2J3 = I(1-2V3;-2).
Dwong phdn gidc trong AF cé dang: y = —x + m . Vi AF di qua I nén:
+Néu I(1+24/3:2) thi m =3+ 243 = (AF): y = —z + 3+ 23 = A(3 + 243:0).

Do AC L Ox nén AC c6 phwong trinh: x = 3 + 23 . Tir d6 suyra C(3+ 2\/5;6 + 2\/5)

4+4\/§_6+2\/§]
3 7 '

3

Suy ra toag dé trong tdm G[

FNEu I(1—243;-2) thim = —1—- 23 = (AF):y = —o — 1233 = A(—1—2v/3:0).
Do AC L Ox nén AC cé phwong trinh: x = —1—2\/5. Tir dé suy ra C(—1—2\/§;~6-2\/§).

14\/5_6+2\/§].

3 3

Suy ra tog dé trong tdm G[

1443 6+ 243
3 7 3

—1-4V3 6+2V3
3 '

] hodc G[
3

Vdy c6 hai diém thod YCBT: G[

http://www.Luuhuythuong.blogspot.com

HT 160. Trong mit phing toa dd Oy, cho tam gidc ABC can tai A. Pinh A c6 toa d6 1a cac s6 dwong, hai diém B, C

ndm trén truc Ox, phwong trinh canh AB : y = 3\/?(% —1). Biét chu vi ctia AABC bang 18, tim toa dd cac dinh
A, B, C.

Giai
Tacé: B = (AB)NOx = B(1;0). Gid st Ala;3\T(a—1)) (a>1 viz, >0y, >0).
Goi AH la dwong cao ciia AABC = H(a;0) = C(2a —1;0).

= BC=2%a=1), AB=AC =8(a—1). Py p0 =18 a=2= C(30),4(23/7).

vay: A(2,347), B;0), €(3:0).
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PHAN IV TU GIAC

Toan b tai liéu luyén thi dai hoc mén toan ciia thiy Luwu Huy Thuwéng:

http://www.Luuhuythuong.blogspot.com

HT 161.Trong mit phing v&i hé toa dd Oxy, cho hinh binh hanh ABCD c6 dién tich bang 4. Biét A(1; 0), B(0; 2) va
giao diém I cda hai dwdng chéo ndm trén dwong thang y = z . Tim toa do cac dinh C va D.
Giai

Tacé: AB = (-1;2)= AB = V5. Phuwong trinh AB: 2z +y —2=0.

I e(d):y=1z= I({t).11atrung diém cta AC va BD nén: C(2t — 1;2t), D(2t;2t — 2)

Mit khéc: S, 5o = ABCH = 4 (CH: chiéu cao) = CH = %

c[2.8] p[8.2
33 3 3

= C(-1,0),D(0;—2)

4

— t =—

Ngoaira: d(C;AB)=CH & 6t 4| = % & 3
)
t=20

7

5 8 8 2
Viay C|—;—|,D|—;—| hoac C(-1;0),D(0;—2).
028 0[3:2 hose o1 D002

Cau héi twong tu:

a)Véi Sypep =4, A(2;0),B(3;0), I =ACNBD, [ €d:y==z.
bS: C(3;4); D(2;4) hodac C(—5;—4); D(—6;—4).

b)V6i S, pop = 4,A(0;0),B(-1;2), [ = ACNBD, I ed:y=xz—1.

DS: C(2; 0), D(3; -2) hoic c[_?z;__S],D[l;—_l‘l]

HT 162.Trong mit phing toa dd Oxy, cho hinh thang vuéng ABCD vudng tai A va D c¢6 day lén 1a CD, dwong thdng AD
c6 phuong trinh d, : 3x —y = 0, dudng thang BD c6 phwong trinh dy 1z —2y =0, goc tao boi hai dudng
thang BC va AB bang 45°. Viét phwong trinh dwong thdng BC biét dién tich hinh thang bang 24 va diém B c6
hoanh d6 dwong.

Giai
D=d ndy, = D0;0)= 0.
VTPT ctia duong thing AD va BD lan lwotla 7, = (3;—1), 7, = (1,-2).

Tacé: cos ADB = —— = ADB = 45" = AD = AB,

V2

J—

Vi (BC,AB) = 45" nén BCD = 45" = ABCD vuéng cin tai B= DC = 2AB.
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1 3.AB?
Sapep =244 J(AB+ CD)AD === =24 = AB=4= BD = NG

Tp

2

B € dy,zp > 0. |§]3|: I% +

2 —
Tpi—— :4\/5<:>Q:B:w:]3
2 5

5 )

Goi B

Duwong thang BC di qua B va vudng goc voi dy =Phuwong trinh BCla: 2z +y — 4\/5 =0.

HT 163.Trong mit phéng véi hé toa do Oxy, cho hinh thang cAn ABCD (AB// CD, AB < CD). Biét A(0; 2), D(-2; -2) va
giao diém I ctia AC va BD nam trén dudng thing c6 phwong trinh d: 2 +y —4 = 0. Tim toa do cia cac dinh

con lai cia hinh thang khi goéc ZIB =457,

Giai
[ed= I(z;:4—2). AD = 25, [A =222 — 4z + 4 ; ID = y22% — 8z + 40

2 2 42 . =9
1A +1ID° — AD oS AID =
2IA.ID T =

Trong AAID co:

+Véiz =2 =1A=2ID=4+2 :ﬁ:—%ﬁ

= B(2+v2:24+0), 0(2+ 442;2 + 442)

+Voiz =4 = B4 1322 442), ¢4+ 42-22).

http://www.Luuhuythuong.blogspot.com

HT 164.Trong mit phang véi hé toa do Oxy, cho dwdng tron (C): (z — 1)2 +(y+ 1)2 =2 va 2 diém A(0; -4), B(4; 0).
Tim toa d6 2 diém C va D sao cho dwdng tron (C) noi ti€p trong hinh thang ABCD c6 day 1a AB va CD.
Giai

(©):(z—12 + (y+1? =2 cotam I(1;—1) va R=+2.

PTcanhAB: 2 —y—4=0.PTcanhCDcoédang: 2 —y+c=0; ¢ =—4

CD tiép xtic véi (C) = d(I,CD)_R@w_\E@c_O — PTcanh CD: z—y = 0
>

Nhan thy cac dwong thing z = 0, z = 4 khong phai 1a tiép tuyén cta (C).

Gia st phwong trinh canh AD c6 dang: kz —y—4 =0 (k= 1).

Tacé: d(I,AD) =R < |k —3 =20 +1) @ k> +6k—T=0c k=7
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=PTcanhAD: Tz 4+y+4=0 = D[_?l;_?l].PTcanhBC: t+Ty—4=0= C[%%]

HT 165.Trong mit phéng toa do Oxy, cho hinh binh hanh ABCD c6 hai dinh A(0; 1), B(3; 4) ndm trén parabol (P):

y = 22 —2z +1, tam I nim trén cung AB cta (P). Tim toa d6 hai dinh C, D sao cho tam giac IAB cé dién tich
16n nhét.

Giai
I ndm trén cung AB ctia ( P) nén I(a;a® —2a +1) véi 0<a <3.
Do AB khong d6i nén dién tich AIAB 16n nhatkhi d(7, AB) 16n nhit

Phwong trinh AB: z —y+1=0.

|a,fa2+2a71+1|= |fa2+3a| —a® + 3a

d(I,AB) = = (doa €(0;3))
V2 V2 V2
2 3 31
=d (I, AB) dat GTLN < f(a) = —a” + 3a datGTLN & q 25 = 1[5,2]

Do I1a trung diém ctia ACva BD nénta cé C [3;%]; D[O;ag] 3

HT 166.Trong mit phang v&i hé toa dd Oxy, cho hinh chit nhat ABCD c6 tdm I[%;O] . Pwong thang chita canh AB

c6 phwong trinh 2 — 2y +2 =0, AB = 2AD. Tim toa do cic dinh A, B, C, D, biét dinh A c¢6 hoanh d5 am.

Giai
Goi M 13 hinh chiéu ctal trén AB.

Khido, IM L AB= IM :2x+y+c¢ =0

IM qua I(%;O):>c1:—1:>IM:21’+y—1:0

2r+y—1=0 z=0
Y { = M(0;1)

Toa d6 diém M la nghiém cta hé ph trinh: &
oa do diém M la nghiém cta hé phwong trin {$_2y+2:0 =1

Goi A(2a —2;a)Piéukién: 20 —2< 0= a<1

AB =2AM
Tacé: {AD = 2d(I, AB) = AM = 2d(I, AB)
AB =2AD
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5

5 a = 0tm
2.2 =5° - 10a+5=5< t-m)
J5 a=2(kot.m)

& \/(Qa —2P +(a—1) =
Véi a = 0= A(—2;0).ViMla trung diém AB nén: B(2;2)
[1a trung diém cta AC va BD nén: C(3;0), D(—1;—2)

Kétluan: A(-2;0), B(22), C(3;0), D(-1-2).

http://www.Luuhuythuong.blogspot.com

HT 167.Trong mit phing v&i hé toa dd Oxy, cho hinh chir nhat ABCD. Biét AB = 2BC , dwdng thing AB di qua diém
M [g;l] , dwdong thidng BC di qua diém N(0;3), dwdng thing AD di qua diém P [4; -—é] , dwong thang CD di

qua diém Q(6;2) . Viét phwong trinh cic canh cta hinh chi nhit ABCD.

Giai

Dé thdy dudng thang AB khong song song véi truc Oy = PT AB c6 dang: y = k [w + %] +1.

:Phu’O'ngtrinhDC:y:k(176)+2,BC:x+ky—3k:O,AD:x+ky—4+§:O.
T
Vi AB = 2BC nén d(P,BC) = 2d(M,DC) < L3 =L3

N1+ V1+ K

1
10k —12 = 6 — 44k k=§
‘:’10k—12=44k—6‘:’k 3"

T
+Vé‘ik=lthi AB:y:lm—l—E,DC:yzlm,BC:m—ly—lzo,AD:ac—i—ly—ﬁ:O
3 3 9 3 3 3 9
+V(')'ik:fi thi AB:y:—iIJrE,DC:y:fierg,
17 17 17 17 17
BC If—y+3:O,AD:I—iny:
17 17 17

HT 168.Trong mit phang v&i hé toa dd Oxy, cho hinh chit nhat ABCD c6 cac canh AB, BC, CD, DA lan lwot di qua cac
diém M(4;5), N(6;5), P(5;2),Q(2;1) va dién tich bing 16. Viét phwong trinh cac canh ctia hinh chir nhat ABCD.

Giai
PT canh AB c¢6 dang: a(z —4) +b(y —5) = 0 (a* +b* = 0).

= PT canh BC: b(z —6) —a(y —5) =0.




GV. Luvu Huy Thuéng 0968.393.899

la— 36l |-4b+4d] _

: 16
\/a2 + b2 \/a2 + b2

Dién tich hinh chit nhat: S = d(P, AB).d(Q, BC) =

a=-1L,b=1
& |(a—3b)(a —b) = 4(a® +1?) = 1
a:—g,bzl

Vay: AB:—x+y—1=0 hodc AB:—z+ 3y —11=0.Tlrdd suy ra PT cac canh con lai.

HT 169.Trong mit phing véi hé toa dd Oxy, cho hinh chir nhat ABCD c6 phuwong trinh canh AB: z —2y—1=0,
dwong chéo BD: z — 7y +14 = 0 va dwong chéo AC di qua diém M(2; 1). Tim toa dd cic dinh cta hinh chir

nhat.

Giai
B =BDNAB = B(7;3).PT dwong thdng BC: 2z +y 17 = 0.

Ae AB = A2a+1;a),C € BC = C(¢;17—2¢),a = 3,c = 7.

I 2a +c+ 1;a _2;+ 17 1 trung diém cta AC, BD.

2

e BD ©3c—a—-18=0<% a=3c—18 = A(6c — 35;3¢c —18)

c="T (loaii)

M, A, C thdng hang < m,m cing phwong = ¢ ~13c +42 =0 & 6
CcC =

Véic=6= A(1; 0),C(6; 5), D(0; 2), B(7; 3).

Cau hoi tuong tu:
a) (AB):z—y+1=0,(BD):2x+y—1=0, M(-11).

ps: A[—l;z],Bm;l),0<1;0>,D[3;—1]
3 3 3 3

HT 170.Trong mit phdng véi hé toa dd Oxy, cho hinh chir nhat ABCD c6 dién tich bang 12, tAm I thudc dwong thang

(d):z—=y—3=0vacéhoanh dé z; = 5’ trung diém ctia mot canh la giao diém cua (d) va truc Ox. Tim toa

dd cac dinh cha hinh chit nhit, biét Yy >0.

Giai

I[%E] . Goi M = d N Ox 1a trung diém ctia canh AD, suy ra M(3;0). AB =2IM = 3\/5.

S
— ABAD=12 & AD=2A4BCD _ 12 _ o [y

S

ABCD AB 3\/5
AD L (d) h trinh AD 3=0
MGAD,suyrap uwong trin rx+y—3=0.

Laic6 MA=MD = \/5 .Vay toa dd A, D la nghiém cta hé phwong trinh:
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il oo "% hoae |” =" vayA@1), p(4-1)
o o odc .Vay ;1), ;—-1),
Ja—32+92 =2 |@-37+y =2 |[y=1 y=-1
xA—i—:EC
. Iy = T =22, —2, =9-2=7
]g;E 1a trung diém cta AC, suy ra: 2 =17C I A
2 2 Y4 T Yo Yo =2y —yy =3-1=2
y[:T

Twong tw I cling 1a trung diém BD nén ta cé: B(5;4).

Vay toa d6 cac dinh ctia hinh chit nhatla A(2;1), B(5;4),C(7;2),D(4;-1).

Cau hoéi tuong tu:
a) Gia thiét nhw trénvéitdam [ =d Nd,, d :x—y—-3=0vad,:x+y—-6=0, M =d NOx
bS:. A(2;1), B(5;4),C(7;2),D(4;-1).

http://www.Luuhuythuong.blogspot.com

HT 171.Trong mit phang v&i hé toa do Oxy, cho hinh chir nhat ABCD c¢6 diém I(6; 2) 1a giao diém clia 2 dwdng chéo
AC va BD. Piém M (1; 5) thudc dwong thing AB va trung di€ém E cta canh CD thudc dwong thing A:
T + 1y —5 = 0.Viét phwong trinh dwong thang AB.

Giai
1(6;2); M (1;5).A:x+y-5=0,Ee A= E(m; 5-m); Goi N 1a trung diém ctia AB.

Ty =2z, —rp =12—m
[ trung diém NE = =>N(12-m;m-1)
Yy =2y —yp=4-5+m=m-1

m:(llfm;m76); E:(mfﬁ;?)fm)

MN.IE =0 < (11-m)(m-6)+(m-6)3-m)=0m=6 m="7
+m=6= MN = (5:0) = (AB):y = 5

+m=7= MN=(&1) = (AB):z 4y +19=0.

Cau hoi twrong tu:

a)Véi 1(2,2), M(-3;1), E€eA:2+2y—4=0. DPS:2x—y+4=0hodc4dz—Ty+19=0

HT 172.Trong mit phing véi hé toa dd Oxy, cho hinh chit nhat ABCD c6 cac dwong thing AB, AD Ian lwot di qua cac
diém M (2;3), N(—1;2) . Hay l1ap phuwong trinh cac dwong thang BC va CD, biét rang hinh chir nhat ABCD c6 tAm

I3 1[22] va do dai dwdrng chéo AC biing /26 .

Giai
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Gia str dwong thang AB c¢6 VTPT la 71, , = (a;b) (a®> +b% = 0), do AD vudng goc v6i AB nén dworng thing AD

covtptla 7i, ), = (b;—a). Do d6 phwong trinh AB, AD lan luot la:

AB:a(z—2)+by—3)=0; AD:b(z+1)—a(y—2)=0.

o — 30) 176 + df

———; AB=2d(I;AD) = ——
Va? +b? Va? +v?

Tacdé AD =2d(I;AB) =

_a7)2 2 a=-b
Dods: AC? — AB® 4 AD? 26— O3 HTHa" g w2 — | 4
a2—|—b2 a:€

Goi M', N' Ian lwot 12 diém d6i ximg ctia M, N qua I suy ra M'(3;0) € (CD), N'(6;1) € (BC)
+Néua=-b,chona=1b=—1suyrai,, =(;-1), i,, = (1)

PT dwong thing CD ¢6 VTPT la 7, , = (1;—1) va di qua diém M'(3;0): (CD): 2 —y—3=0
PT dwong thang BC 6 VTPT 1a 7i, ,, = (1;1) va di qua diém N'(6;1): (BC):x+y—7=0
+Néu a :%b,chon a=4,b=3suyra i, =(43),i,, = (3;—4)

PT dwong thing CD ¢6 VTPT la 7, , = (4;3) va di qua diém M'(3;0):(CD): 4z + 3y —12 =0
PT dwong thiang BC c6 VTPT 1 7, ;, = (3;—4) vadi qua diém N'(6;1):(BC): 3z —4y—14 =10
Viy: (BC):z+y—7=0,(CD):z—y—3=0

hodc (BC): 3z —4y—14 =0, (CD): 4z + 3y —12=0.

HT 173.Trong mit phang v&i hé toa do Oxy, cho hinh thoi ABCD cé canh bing 5 don vi, biét toa dd dinh A(1; 5), hai
dinh B, D ndm trén dwong thdng (d): z — 2y +4 = 0. Tim toa d6 cac dinh B, C, D.

Giai
Goi I = AC N BD

Tacé: AO L BD = Al :2x+y+c¢ =0
Alqua A(L;5) = ¢ =T = Al :20+y—-T7=0

Toa do diém I 12 nghiém cta hé phwong trinh:

20+y—7=0 =2
{ Y { — 1(2:3)

=
r—2y+4=0 y=3

Ta c6: [ 1a trung diém AC nén suy ra: C(3;1)
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Goi B(2b — 4;b). Theo dé bai: AB =5 < (20— 5)> + (b—5)° =25
) b=1
&b 30 +25=0|

Vé6i b =1= B(—2;1) = D(6;5)
Véi b = 5= B(6;5) = D(~2;1)
Két ludgn: B(—2;1);C(3;1); D(6;5) hodc B(6;5);C(3;1); D(—2;1)

http://www.Luuhuythuong.blogspot.com

HT 174.Trong mit phang toa dd Oxy, cho dwong thdng A: z +y —1 =0, cac diém A( 0;-1), B(2; 1). T gidc ABCD la
hinh thoi c6 tAm nim trén dwong thing A. Tim toa do cac diém C, D.

Giai
GoiI(a; b) la tdm cta hinh thoi. Vi I€ Anéna+b-1=0hayb=1-a (D).
Tacéd: AI = (a;b+1)va BI = (a—2;b-1).
DoAl LBI= a(a—2)+(b+1)(b-1)=0 (2)
Tr()va(2)=a®>-2a=0<a=0Va=2.

eVéia=0thil(0; 1) = C(0;3) vaD(-2;1). e Véia=2thil(2; -1) = C(4; -1) va D(2; -3).
Vay c¢6 hai cip diém théa man: C(0;2) va D(-2;1) hodc C(4;-1) va D(2;-3).

HT 175.Trong mat phing véi hé truc toa dd Oxy, cho hinh thoi ABCD véi A(1;0), dwdng chéo BD c6 phwong trinh
d:z—y+1=0.Timtoadd cacdinh B, G, D, biét BD = 4+/2.

Giai

AC 1L BD = Phwong trinh AC: z +y—1=0.Goi I = ACNBD = I(0;1) éC(fl;Q)
2
BD:4\/§ = ]B:2\/5.PTdu’(‘)‘ngtr(‘)ntémIbénkinh IB =22 z* —I—(y—l) =38

B(2;3), D(—2-1)

B(—2-1),D(2;3)

2+( —1)2f8 2t =4
Toa d6 B, D12 nghiém ciahé: {* T\Y s &
T—y+1=0 y=z+1

HT 176.Trong mit phang toa dd Oxy, cho hinh thoi ABCD biét phwong trinh cia moét dwong chéo 1a
d:3z+y—T7=0,diém B(0;-3). Tim toa do cac dinh con lai ciia hinh thoi biét dién tich hinh thoi bing 20.

Giai
Tacé B(0;—3)¢ d = A,Ce d.Phtrinh BD: z — 3y —9=0.Goi [ = AC N BD = 1(3;—2)

— D(6;—1). BD = 210 . Goi A(a:7 —3a) € d.
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|a73(773a)79|.2 10 =20 <

V12 + 32

S pep = d(A,BD).BD =

a=2
=
a=4

HT 177.Trong mit phing v&i hé toa do Oxy, cho hinh thoi ABCD c¢6 tAm [(3;3) va AC = 2BD . Piém M[2;§] thudc

duong thang AB, diém N[S;?] thudc dwong thdng CD . Viét phwong trinh dwong chéo BD biét dinh B

c6 hoanh d6 nhé hon 3.

Giai

Toa do diém N’ d6i xirng véi diém N qual 1a N’ [3;2] = N’ ndm trén dudng thing AB.

Puong thang ABdiquaM, N ¢4 PT: z —3y +2=0 = [H =d([,AB) = 5-9+2 -3
Vio Vo

DoAC:2BDnénIAzQIB.DétIB:a>0.L+L=L<:>L+L=§<:>a:\/§
A% IB* IH®  d® 4d® 8

bit B(x;y).Do IB =2 va B € AB nén toa do B la nghiém cia hé:

r=4>3

(m—3)2+(y—3)2:2<:>[5y218y+16—0<:> T = 2
y:

t—3y+2=0 T=3y—2 y =

14
5 v
8
5

R 14 8| . < . . \
Do z; <3 néntachon B E,g . Vay, phuwong trinh dwong chéoBD la: 72 —y —18 = 0.
Cau héi twong tu:

a) 1(2:1), AC = 2BD, M[O;%], N(0:7), 75 > 0. PS: B(L:—1)

http://www.Luuhuythuong.blogspot.com

HT 178.Trong mit phang v&i hé toa dd Oxy, cho hinh thoi ABCD c6 dwong chéo BD nim trén dwdng thing
A:z—y—2=0.Difm M(4;—4) ndm trén dwong thing chira canh BC, difm N(—5;1) ndm trén dwong

thang chttra canh AB. Biét BD = 8\/5 . Tim toa dd cac dinh cha hinh thoi ABCD, biét diém D c6 hoanh do am.

Giai
Liy M’ 1a diém ddi xtrng véi M qua BD = M'(—2;2).
DPudng thing AB qua N(—5;1) va M'(—2;2) = Phwongtrinh AB:2 -3y +8=0.

r—y—2=0

Toa d6 diém B 1a nghiém cta hé: =
T—3y+8=0

B(T;5).
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Gidstt D(d;d —2) € A,do BD =82 & (d—72 +(d -T2 =128 & d = —1 = D(—1;,—3).
Goi I 1a tAm cua hinh thoi = I(3;1), khi d6 dwdng thang AC qua I va vudng goc véi BD
= Phuwong trinh AC:z2+y—4=0.

, i r+y—4=0
Toa do diém A la nghiém cda hé: = A(1;3) = CO(5-1).
r—3y+8=0

HT 179.Trong mit phing véi hé toa dd Oxy, cho hinh thoi ABCD c6 phwong trinh hai canh AB va AD lan luot 1a
T+2y—2=0va2z+y+1=0.DPiém M(1;2) thudc dwdng thang BD. Tim toa do cic dinh cta hinh thoi.

Giai
- s o T2y —=2=0 45
Toa do dinh Ala nghiém cuda hé: = A|l—
2z +y+1=0

(d)):z—y+3=0

m+2y—27i2m+y+1
B (dy):3z+3y-1=0

75 35

PT cac dwong phan giac géc A la:

e Trwomghop (d)):x—y+3=0.
Duong thing (BD) di qua M va vudng goc véi (d;) nén (BD):z+y—3=0.

Suyra B = ABNBD = B(4;—1), D = ADNBD = D(—4;7).
. PR iy o 4 13
Goi I = BDN(d;) = 1(0;3). Vi C d6i xtrng v6i A qua I nén C[g’?]
e Trwomg hop (d,): 3z +3y —1= 0.
buong thing (BD) di qua M va vudng goc véi (d,) nén (BD):z—y+1=0.
Suyra B=ABNBD = B(0;1), D = ADN BD = D[%;%].

Goi I = BDN(d,) = I[%;%].Vicd(’)’ixfrngvé'iAqualnén C[%,%]

45
Vay: A|——;—
-3

SN————————
o}
—
=
|
—
N~—
Q
—
o |
\—l_/
-
T
e
\]
S~—

hodc A[g;g], B(0;1), C[E;EJ,D[z;E]

http://www.Luuhuythuong.blogspot.com
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HT 180.Trong mit phing véi hé toa do Oxy, cho hinh thoi ABCD ngoai ti€p dwdng tron (C) c6 phwong trinh
(z—2)? + (y+ 1) = 8 va diém A thudc dudng thing (d): = —2y + 3 = 0. Tim toa dé cac dinh A, B, C, D, biét
rang BD = 2AC vahoanh dd cta diém A khong nhé hon 2.

Giai

(C) c6tam 1(2;—1), bankinh R = 242, IB = 2I4.

Trong tam gidc vudng IAB ta cé: L—i— L = L = > = 1 =IA= \/53 IB = 2\/5.
4% IB*  IH®  4IA?

Gidsiv A2t —3;t)ed va z, >2.Taco IA=+10 oo -5 4412 =10 & 1 =2
Suyra A(1;2),do Ila trung diém AC nén C(3;—4).

Goi Ala dwong thing qual va vudng goc voiAC= A:z -3y —5=0.

TacéB,De Ava IB=1D = 2\/5 = Toa do cua B, D 1a cac nghiém ctia hé:

r—3y—5=0 r=8 y=1

& = B(8:1), D(—4;—3) hoic B(—4;—3), D(81).

Vay: A(1;2),B(8;1),C(3;—4),D(—4;—3) hoac A(1;2), B(—4;-3), C(3;—4), D(8;1).

HT 181.Trong mit phang v&i hé toa dd Oxy, cho hinh vuéng ABCD c6 tAm I[gg] , hai diém A, B Ian lwot ndm trén

cac dwong thing d:rx+y—3=0vaduong thang dy T +y—4 = 0.Tim toa do cac dinh cta hinh vudng.

Giai
2 - 51 - 53
Gid st A(a;3 —a) €d;B(b;4~b)€d, = [A= a—g;g—a ;1B = b_?g_b

IA=1IB a=2 |a=1
ABCD vuong tdm [ nén {— — = \%
IAIB =0 b=1 b=3

eVdia=2;b=1=A(2;1); B(1; 3),C(3; 4); D(4; 2).

eVéia=1;b=3=A(1;2); B(3; 1), C(4; 3); D(2; 4).

HT 182.Trong mit phdng toa dd Oxy, cho hinh vudng ABCD ngoai tiép dwong tron (C): (z — 2)2 +(y— 3)2 =10.Xac
dinh toa dd cac dinh A, C cia hinh vuéng, biét canh AB di qua diém M(-3; -2) va diém A c6 hoanh do xa> 0.

Giai

(C) ¢6 tam I(2; 3) va ban kinh R = /10 .
PT AB di qua M(-3; -2) c6 dang az + by +3a +2b =0 (a® + b = 0).
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a=—3b
Tacé d(I,AB) = R < V10 = 20 7’”73“* 2 1002 +0) =250+ e |
2 2 = -
a” +b

oVéia=—-3b =>AB: 3x —y+7=0.Goi A3t+7),(t>0).

Tacé IA = RN2 = t = 0;t = —2 (khong thoa man),
*Véi b =—3a = AB: 2 —3y—3=0.Goi A(3t+ 3;t), (t > —1).

t=1
Tacé IA = R\2 = = A(6; 1) = C(-2; 5).
t = —1 (loaii)

http://www.Luuhuythuong.blogspot.com

HT 183.Trong mit phang Oxy, cho hinh vudng ABCD c6 tAm I[g,%] . Cac duong thdng AB, CD lan lwot di qua cac

diém M(—4;—1), N(—2;—4). Tim toa dd cac dinh ctia hinh vudng d6 biét B c6 hoanh d¢ am.

Giai

Goi M’, N’ 1a cac diém d6i xtrmg véi M, N qual = M’(7;2), N'(5;5).Tacé: N" e AB.

Phwong trinh AB: 2z — 3y + 5 = 0. Goi H 13 hinh chiéu ctia [ 1én AB = H[%;2]

a=-—1
b=1

BeAB

= 2 =
HA = HI [avé] +(b—2)2:§

2a—3b=-5
[ = B(-11).

Goi B(a;b),a < 0.Tacd {

Khi dé A(2;3),C(1;—2), D(4;0).

HT 184.Trong mit phang toa dd Ozy, cho hinh vuéng ABCD trong d6 A thudc dwong thang d:r+y—1=0va

C,D nam trén dwong thing dy : 27—y + 3 = 0. Tim toa dj cac dinh ctia hinh vuéng biét hinh vu6ng cé dién

tich bing 5.

Giai
Y . < -7
Gid st A(a;1—a)€d.Tacd Sypopn =5« d(4,d,) =5 oa=1 hodc a =5
+V&i a =1 = A(1;0) = Phuong trinh canh AD: 242y —1=0 = D(-11).

Gia st C(z;y). T 5 ¢ 2 = ((0;3) hodc C(—2;—1
lasuw C(z;y). Taco: 5 aC ;

-V6i C(0;3) = Trung diém I ctia ACIa 1[%%] = B(2;2)

-Véi C(~2;—1) = Trung diém I chia AC1a I [%%] = B(0;—2)
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-7 1
?7 ,EO] . Twong tw nhuw trén ta tim duoc:

D_—l;Z.C __4;3'3—_10;£ hoécD_—l;z,Cz;E,Bj;E.
3 3 3 3 3 3 3 3 3 3 3 3

Vay c6 4 hinh vudng ABCD thda mian yéu ciu bai toan: A(1;00, B(2;2),C(0;3), D(—1;1)

+V(’)’ia:?7:>A[

hodc A(1;0), B(0:—2),0(—2—1), D(—1;1) hoic A[_??;E],B[_—mé],c[%i],z)[_l-g]

3 )
hose A[=7:10) 5[=4.18) o[2.33) p[=1.7
3 3 3 3 3 3 3 3

3 '3
http://www.Luuhuythuong.blogspot.com

HT 185.Trong mit phing véi hé toa dd Ozy, cho diém FE(1;—1) 1a tAm ctia mot hinh vudng, mot trong cac canh cta
n6 c6 phwong trinh d : x — 2y + 12 = 0. Viét phwong trinh cic canh con lai ctia hinh vudng.

Giai

Gia st canh AB nam trén dwong thang d : z — 2y +12 = 0. Goi H 1a hinh chiéu cta E 1én dwong thang AB =
H(-2:5) = AH = BH = EH = 45 .

ABed
Ta co:

=
AH = BH =45

= = A(4;8),B(—8;2
(422 + (=52 =45 |z=-8y=2 (4:8), B(-8:2)

= ((-2,—10) = Phwong trinh cic canh con laii AD:2zx+y—-16=0; BC:2x+y+14=0;
CD:z—-2y—18=0.

HT 186.Trong mit phang v&i hé toa dd Oxy, cho hinh vuéng ABCD biét cac diém M(2; 1); N(4; -2); P(2; 0); Q(1; 2)
lan lwot thudc canh AB, BC, CD, AD. Hay l4p phwong trinh cac canh ctia hinh vuéng.

Giai
Gia str dwong thing AB qua M va c6 VTPT 1a 71 = (a;b) (a2 + b2 #0)
= VTPT clia BCla: i, = (—b;a).

Phwong trinh ABcédang: a(x-2) +b(y-1)=0 < ax+by-2a-b=0

BC c6 dang: -b(x - 4) +a(y+ 2) =0 < -bx+ay+4b +2a=0
|| [3b+4d] v =24
Do ABCD Ia hinh vuoéng nén d(P; AB) =d(Q; BC) & = & b
=—a

a’ +b° a® +v?
eb=-2a:AB: x-2y =0; CD:x-2y-2=0; BC: 2x+y-6=0; AD: 2x+y-4=0

eb=-a:AB: -x+y+1=0; BC:-x-y+2=0; AD: -x-y +3 =0; CD:-x+y+2=0
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HT 187.Trong mit phing véi hé toa do Oxy, cho dwong tron (C): z? +y2 ~ 8z +6y+21=0 va duong thang
d:z+y—1=0.Xacdinh toa d6 cac dinh hinh vuéng ABCD ngoai tiép (C) biét A € d.

Giai

(C) c6 tAm I(4, -3), ban kinh R = 2. Ta thdy I € d . Viy Al 1a m{t dwong chéo cta hinh vudng ngoai tiép dwong
tron. Ta c6: x =2 va z = 6 1a 2 tiép tuyén cda (C) nén:

- Hodcla Ala giao diém cac duong (d)va z =2 = A(2; -1)
- Hodcla Ala giao diém cic dwong (d)va z =6 = A(6, -5)
*A(2,-1) = B(2,-5); C(6,-5); D(6,-1) * A(6,-5)= B(6,-1); C(2,-1); D(2, -5)

http://www.Luuhuythuong.blogspot.com

HT 188.Trong mit phdng véi hé toa dd Ozy, cho hinh vudng ABCD c6 A(—2;6), dinh B thudc dwong thing
d:z—2y+6=0.GoiM,N lan lwot 12 hai diém trén 2 canh BC, CD sao cho BM = CN. X4c dinh toa do dinh C,

s . . 2 14
biét rang AM cat BN tai diem I[g; ]

Giai
Gidastr B2y — 6;y) € d.

Tathdy AAMB=ABNC = Al | B = [AIB=0= y =4 = B(2:4)

Phwong trinh BC : 2z —y = 0= C(¢;2¢), AB =2V5, BC = \/(672)2 +(2c — 4)?
AB = BC =le—2 =2 = €(0,0); C(4;8)

Vi I nam trong hinh vuéng nén 7,C' clng phia v&i dwong thang AB = C(0;0).

HT 189.Trong mit phing toa dd Owy, cho hinh vudng ABCD trén doan AC 14y diém M sao cho AC = 4AM va N la
trung di€m ctia canh CD. Chirng minh rdng BMN la tam giac vudng can.

Giai
Goi a la d6 dai canh hinh vuéng ABCD . Chon hé toa d0 Oxy sao cho A(0;0), B(a;0), C(a;a) va D(0;a) =

M la;la , N la;a ;\,W: la;éa ,]\732 éa;i—l
4 4 2 4 4 4 4

Twr dé cé WFB =0va MN =MB = a\/g = ABMN vubngcantai M .

HT 190.Trong mit phing toa dd Ozy, cho hinh vuéng c6 dinh A(—4;5) va mot dwong chéo c6 phuong trinh
A: 7z —y+ 8 =0.Viét phwong trinh cac canh cta hinh vudng.

Giai

Vi A ¢ A nén dwong chéo BD ndm trén A.
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PT dwong thing d di qua A c6 dang: a(z +4) + b(y —5) = 0 (a® + b = 0)

ol 0 o=t 2 fa=30b=—
d hgp véi BD mot géc 45 @—@m_ 5 = i—d b3

= (AB):3z—4y+31=0,(AD): 4z +3y+1=0.
S A N N 19
Goi I 1a tAm hinh vuong = 1[5,5] = ((3;4)

= (BC):42+3y—24=0,(CD):3z—4y+7=0

http://www.Luuhuythuong.blogspot.com

HT 191.Trong mit phing toa d9 Ozy, cho hinh vuéng ABCD c6 dinh A(4;5), dworng chéo BD cé phwong trinh
y —3 = 0. Tim toa do cac dinh con lai cta hinh vuéng doé.

Giai
budong chéo AC vudng géc véi BD nén PT céd dang: z +¢c=0.ACdiquaAnén c=—4.
=>(AC):z—4=0 = I(43).

Puong tron (C) ngoai tiép hinh vuéng ABCD c6 tAm [(4;3),ban kinh R = Al =2
= Phwong trinh (C): (z —4)? + (y —3)* = 4.

y=3 r=6y=3

Toa do cac diém B, D 1a cic nghiém cuda hé: 5 5
(-4 +(@y—-3°"=4 |z=2y=3

Vay: B(6;3),C(4;1), D(2;3) hodc B(2;3),C(4;1), D(6;3)

HT 192.Trong mit phang toa do Ozy, cho hinh vudng ABCD c6 M 1a trung diém ctia BC, phwong trinh dwong thang
DM :z—1y—2=0,dinh C(3;—3), dinh A ndm trén dwong thing d : 3z +y — 2 = 0. Xac dinh toa dd cac dinh
conlai cia hinh vuéng doé.

Giai

4t —4 24 |t=3

B =

= A(3;—7) hodc A(—1;5).Matkhac, A va C ndm veé hai phia d8i véi DM nén chicé A(—1;5) thod man.

Gid st A(t;2— 3t) € d. Ta cé: d(A, DM) = 2d(C,DM)

Goi D(m;m —2) € DM :A-Bz(qul;mf?),EB:(mf?);erl).

ABCD la hinh vuéng nén g & m =5

DADC —0 |[m+D)m=-3)+(m-7)(m+1)=0
=
DA = DC (m+1)%+(m—77%=(m-37%+(m+1)
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— D(5,3); AB = DC = B(—3;—1).

Vay: A(-15), B(=3;—1), D(5;3).
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PHAN V DUO'NG CO-NIC

Toan b tai liéu luyén thi dai hoc mén toan ciia thiy Luwu Huy Thuwéng:
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HT 193.Trong mit phing véi hé toa d6 Ozy, Lap phuong trinh chinh tic cta (E), biét:

a) Do dai truc 16n bang 10, truc nho bang 6.
b) B¢ dai truc 16n bang 10, tiéu cu bang 8.
¢) P dai truc 16n bang 10, do dai truc nho bang % tiéu cy.

d) Tiéu cu bang 8 va di qua diém M [3;%] )

e) Do dai truc nho bang 6 va di qua diém M [4;%] )

b)

Giai

Phuong trinh chinh tic cua elip c6 dang: (E): L + L&

a® b
Do dai tryc 16n bang 10 = 26 =10 @ a =5
D6 dai truc nho bang 6 < 26 =6 < b =3

2 2
A N T Yy
Vay, Phuong trinh (F): —+-—=1
y g (E) o5 + A
D¢ dai truc 16n bang 10 = 24 =10 < a =5
Tiéucubing 8 & 2c =8 & c=4

Tacé: b =a’ — > =52 —4> =9

2 2
Vay, Phuong trinh (E): ;_5 + % -1

Do dai tryc 16n bang 10 = 26 =10 @ a =5
A s I I 3 3 4
Do dai truc nho bang Z tiu cu < 20 :ZZC S b :Zc &S :§b

Tacéd: a2 = b2 + % < o2 = b2 +E52 :ﬁgﬂ

L SR
25 25
2
Vay, Phuong trinh (F): —+=—=1
y g () g

BE HQC VO BO - CHUYEN CAN SE PEN BEN
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d) Titucubing 8 & 2c=8cc=4«a>=0b>+16(1)

144
9

Di qua diém M[?»;%] =~ +2—25 =1 & 2250% + 1444 = 25a%° (2)
a b

Thay (1) vao (2) ta dugc: 2256% + 144(b% + 16) = 25(b> + 16)b>

b =9
<250 43107 —2304 =06 |, 955 &b =9=a" =25
b -

25

2
A N Z/
Vay, Phuong trinh (£ —+—_1
y g (B): 25 9

e) Do dai truc nho biang 6 < 20 =6 < b =3

81

Elip di qua M| —4:2 | nén suy ra: 6,25 1,106,916 16,
5 2 b2 2 25 2 25

2 2
Vay, Phuong trinh (E) : ;_5 T % —1

HT 194.Trong mit phing véi hé toa d6 Oy, Lap phuong trinh chinh tic cta (E), biét:

a) Mot tiéu diém 1a F,(—4;0) va do dai truc 16n bang 10.

5v5

b) Mot tiéu diém 1a F, (4,0) va di qua diém M[T; —2] .

544

¢) Pi qua hai diém M1,—

Giai

2 2

Phuong trinh chinh tic cua elip : $—2 + LA

a b?
a) Ta c6 : Ticu diém F,(—4;0) = c =4
Elip ¢6 d6 dai truc 16n bang 10 = 26 =10 < a =5

Suyra: b =a’ - =25-16=9

Véy, Phuong trinh (F) : =— + % =1

2
%

b) Tac6 : Tiéu diém F (40) = c =4 & o® =b? +16 (1)

BE HQC VO BO - CHUYEN CAN SE PEN BEN
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125
Elip di qua diém M [#;2] - % + % =1 1256° + 36a% = 942> (2)
a b
b =9
Thay (1) vao (2) ta duoc: 1256% + 36(b% +16) = 9(b” + 16)b> <> 9b* —17b% =576 = 0 < , 64
9

e =9=4¢>=25

2 2

Vay, Phuong trinh (E): — + £ =1

25 9

4,2

¢) Elip di qua hai diém: MQ1,—)

216
I 25 _
-t 52 =1 osp? 421602 = 25422 (1)
Suyra: {@ & 5 5 55
189 1006% 4 189a% = 25a%% (2)
i + & =1
a® b2

Léy (1) = (2) vé véi vé ta duoc: —750? + 270 =0 & o = %b2 thay vao (1) ta dugc :

256% + 216. 2951) = 25. 295b s =9=4d>=25(Vib>0)

2 2

Vay, Phuong trinh (E): — + £ =1

25 9

http://www.Luuhuythuong.blogspot.com

HT 195.Trong mit phang véi hé toa dd Ozy, Lap phuong trinh chinh téc cua (B), biét:

a) P9 dai truc 16n bang 10, tim sai bang g

b) Mot tiéu diém la Fj(—4;0) va tAm sai bing %.
¢) B dai tryc nho bing 6, phwong trinh cdc duong chuin 1a 4z +£25 = 0.

d) Mot dinh 1a A, (—10;0), tim sai bing %

e) bi qua diém M [2; %] va c6 tim sai bang % .

Giai

BE HQC VO BO - CHUYEN CAN SE PEN BEN Page 84
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2 2
Phuong trinh chinh tic cua elip c6 dang: $—2 + LA

a b2

a) P9 dai truc 16n bang10 © 20 =10 = a =5

Tﬁmsai:e:£:£:§éc:3éb2:a2762:2579:16
a 5 5

2 2
Vay, phuong trinh elip : Vay, Phuong trinh (F) : % + ?1/—6 =1

b) Tiéu diém F)(—4;0) = ¢ =4

Tamsai: e= S =22 Lo 2 —95-16=09
a a 5

2 2

A N z Yy
Vay, Phuong trinh (F): —+-—=1

y g (E) = 1g

¢) D¢ dai truc nho bing 6 < 20 =6 < b=3a> =9+ (1)

2 2
phuong trinh cdc duong chuan 12 4z £25 = 0.= L 275 el = 27:5 & c= %Thay vao (1) ta duoc :
e c
160 16a* @t =2
CL2:9+ <~ *CL2+9:0<:> 295
625 625 o ke
16
Vay, phuong trinh elip :
12 y2 x2 y2
Vay, Phuong trinh (F) : — +“— =1 hoac —+-—=1
25 9 225 9
16

HT 196.Trong mit phiang véi hé toa dd Oxy, cho elip (E): 9% + 25y2 = 225. Tim diém M thudc (E) sao cho :
a) MF, = MF, b) MF, = 3ME,

Giai
2P
Ta cé : phwong trinh ctia (F) : —+-—=1
25 9
Suyra: a=5b=3c=4
Taco: MF, =a+<L =5+22 ;M =L =522
a ) a )
4z 4z

Q) MR =M, &5+—=5-—or=05y=43

Vay, 2 diém M can tim : M, (0;3) va M, (0;—3)

BE HQC VO BO - CHUYEN CAN SE PEN BEN Page 85
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b) MF, = 3MFE, <5 +4?x =35 —4—;) S = 2?35Thay vao phwong trinh (E) ta dwoc:
625
— 2
1 \
64 Y g2 3l 3V
25 9 64 8

)

8 8

25 3\/_] - [25 3@]

Vay, 2 diém M cin tim : M [E T

HT 197.Trong mit phing v&i hé toa dd Oxy, cho elip (E): 92 + 25y2 = 225 . Tim diém M thudc (E) sao cho M nhin 2
tiéu diém dwdi 1 goc vudng.

Giai
2 2
Tacé: (B): = +L =1
25 9
Suyra: a =5b=3,c=4
MF, _a+—_5+4—$ MEy =a—% = _4z
5 a 5

M nhin hai tiéu diém duéi 1 goc vudng < MF, L ME, < MF’ + MF, = F,Fy

2
sl5+ 2 +5_g —64 & 50+ 2 6y 2 =10 —ii
5 5 25 16
Vo'l,a:2zﬁz> 2:§<:>y::|:2
6 16 4
Vay, c6 4 di€ém théa mén yéu ciu bai toan: M, i g M, M;—2; M, 5\/7 9. M, —i 9
4| 4 4 44| 4 4

HT 198.Trong mit phing v&i hé toa do Oxy, cho elip (E): 92?2 + 25y2 = 225. Tim diém M thudc (E) sao cho M nhin 2

tiéu diém dwéi 1 goc 60°.

Giai
2 2
Tacé: (B): = +L =1
25 9
Suyra: a =5b=3,c=14
cx 4z
MF, =a+—=5+ MF—a——_5——
a 5 a 5

M nhin 2 tiéu diém dudi 1 goc 60° < FMF, = 60°

BE HQC VO BO - CHUYEN CAN SE PEN BEN Page 86
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2 2
4z 4z 2
5+] +[5—] — 64 3227 _
2 2 2 50 + 64
MF? + MF} — F,F; _[ 5 5 25

& cos60” = S ME ME = = 5 = 5
1772 2.[5+4$].[54$] 50— 52%
25
2 2
<:>—28+64an :50—3% @a:?:ﬁ@x: V13
25 16 4

2 P
2 825 o 2 jE3\/5
16 16

)

4 4

)

2 4 4

5@.&/5] y [ 5«/5_3«/5] y [ 513 3«/5]

4 4 | 4

Vay, c6 4 diém M théa man: M 1

[5«/5_3«/5
1

http://www.Luuhuythuong.blogspot.com

2 2

HT 199.Trong mit phing véi hé toa dd Oxy, cho elip (E): ;_5+:i_6: 1. A, B 12 cic diém trén (E) sao cho:

AF+BE, = 8,v6i F, F, 1a cic tiéu diém. Tinh AF, + BE;.

Giai
AFlJrAF2 = 2ava BF+BF, =2a = AF1 + AF2 + BF, + BE, = 4a =20

Ma AF, + BF, =8 = AF, + BF, =12

HT 200.Trong mat phﬁr}g véi hé toa do Oxy, lap phwong trinh hypebol (H) biét:
a) B¢ dai truc thuc bang 8, truc 4o bang 6.

b) D6 dai truc thuc bang 8, tiéu cu bang 10.

¢) Tiéu cy bang 10, mot tiém can la y = %:v )
d) D6 dai tryc thyc bang 8, tm sai bang Z

e) Do dai truc 4o béng 6, tam sai bé“mg i

Giai

2 2
Phwong trinh cua (H) : S A

a® b
a) PO dai truc thwcbing 8 & 2¢a =8 < a =4

Do daitrucadobing 6 < 26 =6 < b =3
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2 2
A R T Y
Vay, phvong trinh (H): ——-<—=1
3y, p g (H) TR

b) Pd dai truc thucbing 8 < 20 =8 < a =4

Tiéu cwbdng 10 & 2c =10 < c =5

Tact: b2 =c? —a?> =25-16=9

2 2

A R x Y
Vay, phvong trinh (H): ——-<—=1

3y, p g (H) T

) Tiéu cwbing 10 & 2c =10 < ¢ =5 < a® +b? =25 (1)

Mot tiémcanla y = %x = 2 = % S b= 3IaThay vao (1) ta duoc:
a

2

a2+91i6:25<:>a2:16;sb2:9

2 2

Vay, phwong trinh (H): - =

169

d) D6 dai truc thwcbing 8 & 2 =8 < a =4

2 2

Témsaie:£:§:>625éb2:c —a” =9
a 4
332 y2
Vay, phwong trinh (H): — — = =
3y, p g ()16 5

e)Podaitrucdobing 6 22 =6<b=3< > =a’> +b*> =a® +9 (1)

Tamsai e = < = L =c= Ethhay vao (1) ta duoc:
a 4 4
§(l2 :a2+9<:>a2 :16
16
332 y2
Vay, phwong trinh (H) i 1

HT 201.Trong mit phang v&i hé toa do Oxy, LAp phuong trinh cua hypebol biét:

a) Mot dinh 12 A(12; 0), mot tidu diém 1a F(13; 0).

b) Mot tiéu diém 1a F(=13; 0), tim sai e = 13

¢) (H) di qua hai diém M[12529 ;2], N[ 12526 ;1].
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d) D6 dai tryc thyc bang 24 va di qua diém A[lS;%]
. N < 4 .2 15
e) Tiéu cu bang 26 va di qua diém A [15;1]

f) C6 ciing tiéu diém véi elip (E): 312% + 200y> = 6200 , tAm sai bing % )

Giai

2 2
Phuong trinh cta hypebol ¢6 dang : (H) : I—2 - y_2 =1
a b

a) Mot dinhla A(12;0) = a = 12

Mot tidu didm 12 F(13; 0)= ¢ = 13 = b = ¢* —a® =169 — 144 = 25

2 2
A . , T Yy
Vay, phuong trinhcua (H): — —*— =1
P & (#) 144 25

b) Mot tiéu diém 1a F(=13;0) = ¢ =13

Témsaie:EéEZEéa:E:m
12 a 12 13

Tacé: b =c® —a®> =169 — 144 = 25

2 2
A N , T Y
Vay, phuong trinhcua (H): — —=—=1
ay, phuong (H) YR

¢) (H) di qua hai diém M[12 529 ;2], N[ 12 526 ;1]

4176
25 4 _
2 h 4176 — 10007 = 250%° (1)
=4
3744 37440% — 250% = 254%0*  (2)
251,
a® b?

: . 144
Liy (1) trir (2) vé véi vé ta duoc : 432b% — 750 = 0 < o® = Eb2 Thay vao (1) ta dugc :

4176b% — 100.%1)2 = 25.%1)4 s =25=a> =144

2 2

A N , T Y
Vay, phuong trinh cua (H): — — < =

ay, p g (H) 11 25

d) Do dai truc thuc bang 24 = 20 =24 & a = 12

625
(H) di qua diém A|13,22| =109 144 169 625 0 o
12 a2 b 144 144p°
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2 2

A . , z Y
Vay, phuong trinh ctda (H): — —~— =
WP g (H#) 144 25

€) Tiucubing26 = 2c =126 < c=13=a> +b*> =% =169 (1) < a® =169 — b*

295
(H) di qua diém A[15;%] = 2—225 - % =1 36000° — 225a% = 16a°b> (2)
a b

Thay (1) vao (2) ta dwoc: 3600b% — 225(169 — b?) = 16(169 — b )b

b2 =25
& 16b* + 112167 — 38025 = 0 < 591 =P =25=a% =144
—
16
$2 y2
Vay, phuong trinhcta (H): — —>—=1
dy, phuong (H) i o

f) C6 ciing tiéu diém véi elip (E): 3122 + 200@/2 = 6200,
Y 2 0
Tacé: (B):—+Z=—=1= ¢, =ay — by, =200—-31=169
E) 500 a1 BB R

Vay, elip (E) c6 tiéu diém: F (—13;0), F,(13;0)

e n i _ 2 2 _
(H) c6 cung tiéu diém véi (E) suy ra ¢y =13 < ayy + by =169

¢ 1
Témsaicﬁa(H):e=i=—3:>aH:12:>b2:25
ay 12

332 y2
Vay, phuong trinhctia (H): — —=—=1
dy, phuong (H) L o

http://www.Luuhuythuong.blogspot.com

HT 202.Trong mit phiang véi hé toa dd Oxy, 1ap phwong trinh cta hypebol trong cac treong hop sau:
a) Mot dinh 12 A(—5;0) va mot tiém canlad: 3z —5y =0.

b) Mot duong tiém can 1a d: 3z + 5y = 0 va khoang céch gitra hai duong chudn bang 0
V34
¢) Tiéu cy bing 8 va hai tiém cin vudng géc v6i nhau.

d) Hai tiém can la d: 3z =4y = 0 va hai duong chudn 1A A: 5z +16=0.

e) bi qua diém E(4; 6) va hai tiém can 1a d: \/ga: +y=0.

Giai
a) Mot dinh 1a A(—5;0) = a =5
A A 1s 3 b 3
Mot tiém céan 1a d: 3x—5y=0.<:>y:gxé—:géb:3
a

I2 y2
Vay, phuong trinhcua (H): — —=—=1
dy, phuong ()25 5
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b) Mot duong tiémcanlad: 3z +5y =0 < y = —ga::>2:§<:>b:3—; )
a
2 a a’ . 2d?
(H) ¢6 2 duong chuan: @ = £ — = £ — = khoang céch gilta hai duong chuan: —
e c c
2 2
Theo d& bai, khodng cich giira hai dudng chuén bang 50 = 207 _ 50 Sc= V3a (2)
N N Y 25
Tacé: 2 =a? +b% (3)
2 2
Thay (1), (2) vio (3) ta duge: S — g2 4+ 2 02 _ 95 542 — ¢
625 25
LEQ 2
Vay, phuong trinh ctua (H): P % =1

) Tiducuybing8 = 2c =8 < c=4 = a? + 4> =16 (1)
Cea A b
Haitiémcancua (H): y=+—=x
a
A b —b 2 _ 42 X
Hai duong tiém cin vudng géc v6i nhau & —.— = —1 < o = b” (2) Thay vao (1) ta dugc:

a a

20 =162d>=8=0b>=38

2 2
Vay, phuong trinh cua (H) :% - % =1
d)Haitiémcanlad: 3x +4y=0 < y:iéxééziﬁb:%(l)
4 a 4 4
2 2
Hai dudng chuan 1a A: 5$:|:16:0.<:>m::i:1—6:>a—=§©c:5i (2)
5 c 5 16
Tacé: 2 =a® +b° (3)
Thay (1), (2) vao (3) ta dugc:
4 2
25a :a2+9i<:>a2 =16=0>=9
256 16
LEQ 2
Vay, phuong trinh cua (H) :g - % =1
¢) Di qua diém E(4; 6) = % - 3—26 =1« 16b% — 360> = a?b? (1)
a b

Vi hai tiém can lad: 3z 4y =0y = 3z = 2 =3 © b= 3 (2)
a
Thay (2) vao (1) ta dugc :

16.3a> — 360> = a’.3¢> = a> =4 = b*> =12

Vay, phuong trinh cua (H) : — — —
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HT 203.Trong mit phing véi hé toa dd Oxy, cho diém C(2; 0) va elip (H): o 31/_6 = 1. Tim diém M thudc (H) sao
cho:
a) MF, = MF, b) MF, = 2MF,
Giai
Tacé:a=3b=4=c=5
MF, = o+ = 5420 s ME, =a— | = 55T
a 3 a 3
5 5
5z 5z Bt =3-r
a) MF, = MF, & 3+ —=3-—| & | 3 3 er=0
3 bz b
3+—=-3+—
3 3

Thay vao phwong trinh cua (H) ta dwoc: y2 = —16 vd nghiém.

Vay, khong c6 diém M thoa man.

S 10z 3

bz el  PT3T0m J1BT

b) MF, =2MF, & 3+—|=23——| &| 3 s WA N
3 5% 10z 27

3+—=-6+—  |z2=—

3 3 5

Véi z = %thay vao phwong trinh cda (H) ta dwoc: y2 = —32—854V6 nghiém

Voi z = 2—57 thay vao phwong trinh cda (H) ta dugec: y2 = % Sy= i@
Vay, c6 2 diém M théa man: M, [%,g] ; M, [2—57,@]

2 2
Y

HT 204.Trong mit phing v&i hé toa do Oxy, cho diém C(2; 0) va elip (E): % T = 1. Tim diém M thudc (H) sao

cho M nhin hai tiéu diém duéi 1 géc vudng.

Giai
Tacé:a=3b=4=c=5
MF, = o+ = 3+@;MF2= o |35
a 3 a 3

—

M nhin hai tiéu diém duéi 1 géc vudng < F,MF, = 90° < MF] + MF} = F,F

2 2 92
41
P PO B PO :100<:>18+50—$:100<:>1’2:@©x:i£
3 3 9 25 5
Vé’ix2:@:y2:@@y:ig
25 25 5
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Vay, c6 4 diém M théa man:

Ml[?’\/ﬁ;ﬁ],MQ [_3 11 -E],M3[3\/ﬁ;—E},M

5 '5 5 5 5 5| ¢

Lﬂﬁ;g]

) 5

2 2

HT 205.Trong mit phéng v&i hé toa dd Oxy, cho diém C(2; 0) va elip (H): T_G — y? = 1.Tim diém M thudc (H) sao

cho M nhin hai tiéu diém duéi 1 géc 60°

Giai
Tacé: a=4,b=3,c=5

5x

|y 5%
4

a+ —
a

MF‘lz =

;MF2 —‘a—

—

M nhin hai tiéu diém dwéi géc 60° = F,MF, = 60"

2 2
5z 594
4 4+ —— 4——1| —100
MF? + MF} — R} [+4]+[ 4]

<:>cos600 = SIIF ME = :5
17772 24—1—@ 4_5i
4 4
50 2 2 2
68+ x —136+100I :32_5013 mQZ%
@—12_25@ 101062 1560 , & 82352
2
39 902 1364+ — =324 20 |t =
16 16 16
voi st M o2
25 25
7 33 V7T 33 7 33 N7 343
:>M1( ; )7M2( ) )7M3(_ ) )7M4(_ YT )
5 5 5 5 5 5 5 5
Vo 2 B2 Lo 243
25 25
813 93 813 93 813 93 813 93
= M |——i—|, M, |~ ; M = Mo |- ————
5 5 ' 5 6 5 5 |5 5 8 5 5

2 2
HT 206.Trong mit phang vé&i hé toa dd Oxy, cho diém C(2; 0) va elip (E): % + yT =1. Tim toa dd cac diém A, B

thudc (E), biét rdng hai diém A, B ddi xtrng v&i nhau qua truc hoanh va tam giac ABC 1a tam giac déu.

Giai
Ta c6, elip nhén truc hoanh lam truc d6i x&rng ma A, B thudc elip, A, B d6i xirng nhau qua truc hoanh nén:

Néu A(a;b) thi B(a;—b)
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2 2 2
A thuéc elip :>%+T=1<:>a2+4b2 SIS S Sl

®

Tam gidc ABC 13 tam gidc déu = AB? = AC? & 4b* = (a—2° +b* © a® —4a+4—30°> =0 (2)

2 a=2
Thay (1) vao (2) ta dwoc: a274a+4—3.4 a =0& 7% —16a+4=0< 9
a=—
7
Véi a =2 = b = 0(loai)
Véia:z:bQZQ@b:iﬁ
7 49
Vay, A[z;ﬁ], B[z,ﬁ] hoécA[z;%];B[z;ﬁ]
7T 7 7 7 77

http://www.Luuhuythuong.blogspot.com

2 2
HT 207.Trong mit phing v&i hé toa do Oxy, cho elip (E): % + y? =1 va diém A(3;0). Tim trén (E) cic diém B, C

sao cho B, C d6i xirng qua truc Ox va AABC la tam gidc déu.
Giai

Khong mét tinh téng quat, gia st B(z,;y,), C(7y;-y,) voi y, > 0.

2 2
, Y N
Ta c6: §0+?0:1@x§ +3y5 = 9. BC =2y, va (BC): z = 3 = d(A,(BC)) = [3— |

Do A € Ox, Bva C d6i xtirng qua Ox nén AABC cin tii A

Suy ra: AABC déu < d(A,(BC)) = @BC |31y = V3y, © 342 = (1, — 3

2 2 To =
=5 +(r) =3 =9«| "

T, =
+V6i 2y = 0 = y) =3 = B(0;v/3), C(0;—3). +Véi 1, =3 = y, = 0 (loai).
Vay: B(0:/3), C(0;—3).
] 2P
HT 208.Trong mat phang véi hé toa do Oxy, cho elip (E): m+%:1. Tim cic diém M € (E) sao cho
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—

FMF, =120" (Fy, F2 12 hai tiéu diém ctia (E)).

Giai

V3 V3

Tacé: a=10,b=5 = c = 5V3.Goi M(x; y) € (E) = MF, =100 ME, =10+ 0.

—

FF,? = ME? + MF,* — 2MF,.MF,.cos F, MF,

it -fo o o o

& x=0 (y=+5). Vay ¢6 2 diém thoa YCBT: M1(0; 5), Ma(0; -5).

HT 209.Trong mit phing Oxy, cho elip (E) c6 hai tiéu diém Fl(—\/g; 0); F, (\/g, 0) va di qua diém A[\/g,%] Lap

phwong trinh chinh tic cta (E) va véi moi diém M trén elip, hdy tinh biéu thic:
P =FM*+ F,M* - 30M> - FM.F,M .

Giai
2 2 2 2
1
@ 3 L 2oy Y
a> b’ a’ 4’ 4 QL

= P= (a+emM)2 —l—(afea:M)2 72(33%/[ —i—yﬁ/[)f(a2 —623312‘/[): 1

HT 210.Trong mit phing toa dd Oxy, cho elip (E): 42> + 16> = 64. Goi F; 12 tidu diém bén phai cta (E). M 12 diém

A Ay A 7 2 ¥ 2 ~ . 7z AN JEIER e by 7. N\ Z 8 s e .
bat ki trén (E). Chirng t6 rang ti s0 khoang cach tir M téi tiéu diém F va téi dwong thang A : © = — c6 gia tri

J3
khong doi.
Giai
. 8—\/§x
Ta cé: FQ(\/E;O).G(_)I M(zy;y,) € (E) = MF, = a —ex, :TO’
8 /3 MF.

M A) = oy~ = 20 (i g <y < 4) = 2 zé(khéngdé’i).

V3 J3 dM,A) 2

HT 211.Trong mit phing véi hé toa dd Oxy, cho elip (E): 5x> + 16y° = 80 va hai diém A(-5; -1), B(-1; 1). Mot diém
M di dong trén (E). Tim gia tri 1&én nhit cta dién tich AMAB.

Giai

Phwong trinh dwong thang (AB): z — 2y +3 =0 va AB = NG
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Ty — 2y, + 3 Ty — 2y, + 3
Goi M(z,; y,) € (E) = 5a2 +16y2 = 80. Ta co: d(M;AB):|O 0 |:|0 0+
Ji+4 V5

Dién tich AMAB: S = %.AB.d(M; AB) = |z, — 2y, 3|

Ap dung bt ddng thirc Bunhiacdpxki cho 2 cip s6 [%, - %], (\/gaco; 4y,) c6:
5

1 1)(ea ., o) 9
< —+—(5x +16 ):—.80:36
4] 0T )T

2
1 1
ER—-

7

& |rg =2y <6 —6<my—2y) <6 -3<m 2 +3<9= |5y — 2y, +3 <9

Vo ay o =8

- 5z, = —8 [(—

_ 1 1 0 Y% 3
:>max|$0—2y0+3|—9<:) E = {%_2%: 5
Yo = —5
3

Vay, max S, 5 =9 khi M[%, g]

HT 212.Trong mit phiang véi hé toa do Oxy, cho elip (E) : % +

diém C c6 hoanh d6 va tung dd dwong sao cho tam gidc ABC c6 dién tich 1én nhit.
Giai

2 2
Y_ =1 va hai diém A(3;-2), B(-3; 2) . Tim trén (E)

2 2
Y

—=1.

PT dudng thang AB: 2z + 3y = 0.Goi C(x; y) € (E),voi 2 > 0,y >0 = E—i— 1

SABczlAB.d(C,AB)z \/g|2m+3y|:3.1/§£ 4 < _ 3 L0
2 2413 1313 2 13
R .
A 2
Diu"="xdyrae {9 4 o773 9 . Vay C[Q,\/EJ
Ty y =2 2

HT 213.Trong mit phang toa dd Ozy, cho elip (E): ;—5 + 5
qua M va citelip tai hai diém A, B sao cho M 14 trung diém cta AB.

2 2
Y 1 vadiém M(1;1). Viét phwong trinh dwong thiang di

Giai

Nhan xétrang M ¢ Oz nén dwong thdng = = 1 khong cét elip tai hai diém théa YCBT.

Page 96
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Xét dworng thang A qua M(1; 1) ¢6 PT: y = k(z —1) + 1. Toa dd cac giao difm A, B clia A va (E) la nghiém

2 2
X Y _
ciahé: {95 Tg =1 M
y=k(z—1)+1 (2)

= (25k% + 9)2? — 50k(k — )z +25(k* =2k —9) =0 (3)

PT (3) luén c6 2 nghiém phén biét z,z, véimoi k. Theo Viet: z; + z, = M
2
25k +9
Dodé M latrungdiémclia AB & 1, + 1z, = 21, @M:Q & k:—i.
25k% +9 25
Vay PT dwong thang A: 9z + 25y —34 = 0.
Cau hoi twong tu:
72 y2
a)V(')'i(E):?—i—I:l,M(l;l) bS: A:dzx+9y—-13=0

2 2
HT 214.Trong mit phang véi hé toa dd Oxy, cho elip (E): % +y? =1. Tim diém M e (E) sao cho M c6 toa do

nguyén.

Giai
Trwée hét ta ¢6 nhan xét: Néu diém (z;y) € (F) thi cac diém (—z;y),(z;—y),(—2;—y) ciing thudc (E). Do dé ta

chi can xétdiém M(z;y,) € (E) véi 5,9, > 0;2,,y, € Z .

0°Y%

2 2
z =0=>2z,=2v2 (I
Taco: L+20 1 =2 <om <y <2 |0 z, \/_(oazz)jM@;l)'
Y =1=1,=2

Vay cac diém thod YCBT 1a: (21),(—21),(2—1),(—2—1).

2 2

HT 215.Trong mit phing v&i hé toa dd Oxy, cho elip (E): % er? =1.Tim diém M € (E) sao cho téng hai toa do

cta M c6 gia tri I6n nhat (nhd nhit).

Giai

2 2
Gia st M(z;y) € (E) = % + y7 = 1. Ap dung BPT Bunhiac8pxKki, ta cé:

2 2

%#’7 —10 = 10 <z +y<10.

(z+y)° <8+2)
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z_¥
+x+y§\/B.D§u"="xéyra<:> 8 2

it
x—i—y:\/ﬁ 7

(:)M[
5 5

X

+ x+y2—\/ﬁ.Dé{u":"Xéyra@ 8 M[—@;—@]
x+y:—\/ﬁ 5 5

¥
2

2 2

HT 216.Trong mit phang véi hé toa dd Oxy, cho elip (E): %erz =1 va cic dwong thang d, :mx —ny =0,

dy : mx+my = 0, v&i m? +n? = 0. Goi M, N 1a cac giao diém cta d, véi (E), P, Q 1a cac giao diém cla d, véi
(E). Tim diéu kién d6i véi m,n dé€ dién tich tir gidc MPNQ dat gia tri nho nhit.

Giai

) . T =nt z = —mi,
PTTS cua dl,d2 la: dl : , d2 : .
y =mi, y = nt,

+M, N 1 céc giao diém ctia d; va (E)

6n ) 6m
\/Qm2 + 4n? \/Qm2 + 4n?

g

N —6n : —6m
\/9m2 1 4n? \/9m2 1 4n?

+P, Qla cac giao diém cta d, va (E)

—6m 6n

=P ;
\/4m2 + 9n? \/4m2 +9n?

6m —6n
, Q ;
\/4m2 + 9n? \/4m2 + 9n?

+ Ta c6: MN L PQ tai trung diém O ctia mbi dwdrng nén MPNQ 1 hinh thoi.

72(m* + n?)

\/(9m2 + 4n?)(4m? + 9n?)

1 _ 2 2 2 2
§ = Sypyg = 5 MN-PQ =20M.0P = 2\/IM +42, -\/Ip =

2 2 2 2
Ap dung BDT Co-si: \/(9m2 +4n?)(4m® +9n?) < (Om” + dn );(41” +n7) _ %(mQ +n?)

2(m? + n? ,
= SZW:%.Déu":"xéyra@ 9m? +4n? = 4m? 1+ 9% & m = +n

5( )

Vay: min S :% khi m = £n.
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2 2

HT 217.Trong mit phdng v&i hé truc toa do Oxy, cho Hypebol (H) c6 phwong trinh: T—G — % = 1. Viét phwong trinh

chinh tic cta elip (E) c6 tiéu diém trung véi tiéu diém cta (H) va ngoai ti€p hinh chit nhat co s& caa (H).

Giai
(H) c6 cac tiéu diém F}(—5;0); F,(5;0) . HCN co s¢ ctia (H) c6 mot dinh la M( 4; 3),

2 2
Gia st phwrong trinh chinh tic cta (E) c6 dang: :v_2 + y_2 =1 (voéia>b)

a b
(E) ciing c6 hai tiéu diém F, (—5;0); F(5;0) = a* —b* = 5° 1)
M(4;3) € (E) < 94> 4 16b% = a%b* (2)

o? =5 +b? a® =40 202

Tir (1) va (2) ta c6 hé: o
9a%2 +16b% = a®? b2 =15 40 15

2 2

Y

HT 218.Trong mit phing v&i hé truc toa dd Oxy , cho hypebol (H) c¢6 phwong trinh % - = 1. Gid st (d) 1a mot

ti€ép tuyén thay ddi va F 1a mot trong hai tiéu diém cua (H), ké FM L(d). Chirng minh rdng M ludn ndm trén
mot dwong tron c6 dinh, viét phwong trinh duwong tron dé

Giai
(H) c6 mt tidu didm F (+/13;0). Gia st pttt (d): ax + by + ¢ = 0. Khi d6: 9a% - 4b? = c2 (¥)
Phuwong trinh duwdng thing qua F vudng goc vai (d) 1a (D): b(z — \/E) -ay=0

ax + by = —c
Toa dd cua M la nghiém cuia hé:
br —ay = \/Eb

Binh phwong hai vé ctia tirng phwong trinh réi cdng lai va két hop véi (*), ta dwgcx2 +y2=9

HT 219.Trong mit phing v&i hé toa dd Oxy, cho parabol (P): y2 =z va diém I(0; 2). Tim toa do hai diém M, N € (P)
sao cho I—]\Z = 4ﬁ.

Giai
Goi M(zy;y,), N(z; y,) 1a hai diém thudc (P), khi d6 ta cé: z, = y3;z, = 47
Iy 2 ™ 2 Y 2
IM = (259, —2) = (Y5 ¥ —2)5 IN = (315 9 —2) = (35 ¥ — 2); 4IN = (dyy; 4y, —8)

— — =l=uaz =1 =2z, =4
Theo gia thiét: IM = 4IN , suy ra: [ h 1 Yo 0

Yo —2 =4y, —8 Yy =3=1 =9y, =06 2,=36

Vay, c6 2 cdp diém cin tim: M(4;-2), N(1;1) hay M(36;6), N(9;3).
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HT 220.Trong mit phing v&i hé toa dd Oxy, cho parabol (P): y2 = 8z . Gia st dwong thing d di qua tiéu diém cua
(P) va cat (P) tai hai di€m phan biét A, B c6 hoanh do6 twong ¢ng la z, Ty.Chitng minh: AB= 2, + 1, +4.

Giai

Theo cong thirc tinh bk qua tiéu: FA = ,+2, FB=1,+2= AB=FA+ FB = T, + 1, +4.

HT 221.Trong mit phang véi hé toa do Oxy, cho Elip (E): 22 4+ 5y* = 5, Parabol (P):z= 10y?. Hay viét phwong
trinh dwong tron c6 tim thudc dwdng thang (A): x + 3y — 6 = 0, dong thoi tiép xic vdi truc hoanh Ox va cat
tuyén chung cta Elip (E) véi Parabol (P).

Giai

DPuwong thang di qua cac giao diém ctia (E) va (P): x =2

Tamle Anén: I(6—3bb). Tacé: 6 —3b 2| = [t| & d-db=b  |P=1
' o ' B 4-3b=-b" |b=2
, 2 2 _ < ) 2 _
=(C): (=3 "4+ (y—1)"=1hoac (C): z° +(y—2)" =4
- Q)
\ I : Xin chin thanh cAm on quy thiy ¢d va cac ban hoc sinh di doc tai liéu nay!

Moi sy gbp ¥ xin giti vé: huythuong2801@gmail.com
Toan bd tai liéu 6n thi mon toan cha Lwu Huy Thudng & dia chi sau:

http://www.Luuhuyvthuong.blogspot.com
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