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Page: CLB GIAQ VIEN TRETP HUE - ey N Bii: KHAO SAT HAM SO

Chu dé 3: GIA TR LON NHAT VA
GIA TRI NHO NHAT CUA HAM SO

Trong qud trinh swu tidm, bién soan 101 gidi, c6 sai sot i kinh mong quy thidy cd va cdic em hoc sinh gép

Yy dé'dé kiém tra dwoc hoan chinh hon! Xin chdn thanh caim on!

DANG TOAN 1: GTLN - GTNN TREN KHOANG (NUA KHOANG - DOAN)

Cau1:

Cau 2:

Cau 3:

Cau 4:

(GKI THPT NGHIA HUNG NAM DINH NAM 2018-2019) Cho ham s8 f(x) lién tuc trén
[a;b] .Khéang dinh nao sau day ding?

A. Ham s6 khong c6 gid tri 16n nhat trén doan [a;b].

B. Ham s6 ludn c6 gia tri 16n nhat, gia tri nho nhat trén doan [u;b] .

C. Ham s6 khong c6 gia tri nho nhat trén doan [ a;b].

D. Ham s6 ludn cé cuc dai va cuc tiéu trén doan [a;b] )

(THPT CHUYEN PHSP HA NOI NAM 2018-2019 LAN 03) Cho ham s8 y = f(x) lién tuc trén
R théa man gia trj nhé nhat ctia ham s8 trén R 1a 0. Khang dinh nao sau day la dting?

A. f(x)ZOVxeR, Elxo,f(xo)zO. B. f(x)<0VxeR.

C. f(x)SOVxe}R, Elxo,f(xo)zO. D. f(x)>0VxeR.

(THPT CAU GIAY HA NOI NAM 2018-2019 LAN 01) Cho a,beR, 0<a<b, ham s& y = f(x)
c6 dao ham trén R thoa man f’(x)<0, Vx e(a;b). Gia tri nho nhat cua ham s6 da cho trén
doan [a;b] béng

A. f(b). B. f(”*bJ C. f(a). D. f(ab).

(CHUYEN NGUYEN TAT THANH YEN BAI LAN 01 NAM 2018-2019) Cho ham s6 v = f(x)

lién tuc va c6 bang bién thién trén doan [—1 ; 3] nhu hinh vé. Khéng dinh nao sau day dung?

x -1 0 2 3
b + 0 - 1] +

A. r[{ll?](f(x):f(O). B. mla3>]<f( ) f(3) C. r[nla3>]<f( ) f(2) D. r[nla3>]<f( ) f(—l).
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Cau 5:

Cau 6:

Cau 7:

Cau 8:

(THPT CO LOA HA NOI NAM 2018-2019) Cho ham s8 y = f(x) xéc dinh, lién tuc trén R va
c6 bang bién thién nhu sau:

x | —» | 2 | o

fi9 3 : 5"
. /’ S A /
Gia trj 16n nhat ctia ham 6 y = f(x) trén doan [0;2] bang
A. 1. B. 3. C.o0. D. 2.
(THPT NGUYEN DU - DAK LAC - NAM 2018-2019) Cho ham s8 y = f(x) xdc dinh, lién tuc

trén R va cd bang bién thién nhu sau

x —ah 0 l o0

b'A + -0 +

vV ) v 0 B > b0
A ‘A_ 1 a3

Khang dinh nao sau day sai?

A. Ham s8 c6 gia tri cuc tiéu bang 1.

B. Ham so dat cuc dai tai x=0 va dat cuc tiéu tai x=1.

C. Ham s8 c6 gia tri 1én nhat bang 0 va gid tri nhé nhat bang —1.

D. Ham s6 ¢6 dung hai cyec tri.

(PE MINH HOA GBD&DT NAM 2017) Cho ham s& y=f (x) xac dinh, lién tuc trénR va co

bang bién thién:

Khang dinh nao sau day 1a khang dinh ding?

A. Ham s6 c6 dung mot cuc tri.

B. Ham s8 ¢ gid tri cuc tiéu bang 1.

C. Ham s6 c6 gia tri 16n nhat bang 0 va gia tri nho nhat bang 1.

D. Ham s0 dat cwee dai tai x=0 va dat cye tiéu tai x=1.

(D& minh hoa) Cho ham s8 y = f(x) c6 bang bién thién nhu hinh vé& bén. Ménh dé nao dudi

day dung ?
X | —oo 0 1 +00
y' — 0 + 0 _
+00 5
y \ / \
4 —00
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C. ijny:ZL. D. mﬂgxy:&

Ay, =5 B. y.. =0.
(SO GD&DT HA NOI NAM 2018-2019) Cho ham s8 y = f(x) c6 bang bién thién trén [-5;7)

Cau 9:

-1

nhu sau:
51 |

Ménh dé nao dudi day dung?
C. r[r_lsa;g))(f(x)=9. D. Es%f(x)=6'

A. [rglgl)f(x)=6 B. &1;1)f(x)=2
Cau10: (SO GD&DT KIEN GIANG NAM 2018-2019) Ham s8 y = f(x) lién tuc trén R va cé bang bién

40

thién nhw hinh bén dudi.
X —0 -4

- 0 +

0 +

.‘.‘

L 9 o
f(-4) /(8)

Biét f(—4)> f(8), khi d6 gié tri nho nhét ctia ham s& da cho trén R bing
A 9. B. f(-4). C. f(8). D. 4.
Ciu1l: (CHUYEN LUONG THE VINH DPONG NAI NAM 2018-2019 LAN 01) Cho ham s§ y = f(x)
xac dinh va lién tuc trén R c6 d6 thi nhu hinh vé bén. Tim gia tri nho nhat m va gia tri 16n

nhéat M ctia ham s8 y = f(x) trén doan [-2;2].
YA

B. m=-2,M=2. C.m=-1,M=0. D. m=-5M=0.

A.m=-5M=-1.
Cau12: (THPT THAI PHIEN HAI PHONG NAM 2018-2019) Cho ham s§ f(x) lén tuc trén doan

[-1;3] va 6 d thi nhw hinh vé bén. Gid tri 16n nhat cia ham s§ y = f (E”sin2 x —1) bang

Dia chi I6p hoc:
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A. 3. B. 2. C. 0. D.1.
Cau13: Choham sd y = f(x) ¢6 d6 thi nhu hinh dwéi. Goi m, M Tan lugt 1a

gia tri nho nhat va gia tri I6n nhat cia ham s6 y = f(-2x) trén {—1;%}.

Giatri m+M béng

A. 0. B. 4.
C. 19 D. -4. :
8

Caul14: (THPT HOANG VAN THU - HA NOI NAM 2018-2019) Cho ham s8 y = f(x) c6 dao ham c4p

2 trén R, ham s8 y = f'(x) c6 d6 thi nhw hinh vé bén.
¥

4

=

Gia tri 16n nhat ciaham s y = f [MJ trén doan {—5?” ,%} bang

A f(—%”]. B. f(—%j. C. £(0). D. f(%}

Cau15: Choham sd y= f(x) lién tuc, dong bién trén doan [4;b | . Khang dinh nao sau dy dung?
A. Ham s6 da cho ¢6 cyec tri trén doan [a;b] .
B. Ham s& da cho 6 gid tri 16n nhat, gid tri nho nhat trén khoang (4;b).
C. Phuong trinh f(x)=0 c6nghiém duy nhét thudc doan [a;b] :
D. Ham s& da cho c¢6 gid tri 16n nhét, gia tri nho nhat trén doan [a;b] )
Cau1l6: (SO GD&DT DIEN BIEN NAM 2018-2019) Cho ham s3 f(x) x4c dinh lién tuc trén R va c6

bang bién thién sau:

Phat biéu nao sau day dung?
A. Ham s6 c6 gia tri nho nhat bang 0 va gia tri 1én nhat bang 2.
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B. Ham s6 nhéan gid tri dwong véimoi xeR.
C. Trén [2;8] ham s6 c6 gia tri 1on nhat 1a M, gia tri nho nhat 1a m. Gia tri biéu thic
m—3M=—6.
D. Ham s6 c¢6 dung mot cuc tri.
Cau17: Chohamsd y=f (x) lién tuc trén doan (-1;3) va c¢6 d6 thi nhuw hinh vé bén. Goi M va m lan

lugt 1a gia tri 16n nhat va nho nhat caa ham s6 da cho trén doan [—1;3]. Gid tri cila M - m

bang
A
A. 0. B. 1. C.4. D. 5.
Cau18: Choham sd y= f(x) c6bang bién thién nhu sau:
X —o0 -1 0 1 o0
f'(x) — 0 + 0 — 0 +

£() m\_3/2\1/+00

Khéng dinh nao sau day ding?

A maxfl)=2 B maf(x)=1  C magf(x)=0. D maxf(x)=-3
Cau19: Chohamso y=f (x) c6 bang bién thién nhu sau:
X —00 -1 0 1 400
f’(x) — 0 + 0 — 0 +

() m\_3/2\1/+00

Khang dinh nao sau day dtng?

A-minf(x)=2 B ginflx)=1  C minf(x)=0. D minf(x)=-
Cau20: Chohamsé y=f (x) c6 bang bién thién nhu sau:
X —0 -1 0 1 +0
f’(x) — 0 + 0 — 0 +

() +°°\_3/2\1/+°°

Khang dinh nao sau day dtng?
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A. ;crifg;?]f(x):_?" B. g[lér}]f(x)=2 C. gﬁgxﬁf(x)zo D. xriﬁgr}]f(x)zl
Cau21: Chohamsd y= f(x) c6 bang bién thién nhu sau:
x —0 -1 0 1 +00
f’(x) — 0 + 0 — 0 +

£(x) +oo\_3/v2\1/+00

Khang dinh nao sau day ding?
A. max f(x):f(S) B. max (x):f(15). C. max f(x):2. D. max f(x):f(lo).

xe[ 5,15 ] xe[5;15] xe[ 5,15 ] xe[ 5,15 ]

Cau 22: Choham sd y = f(x) c6 bang bién thién nhu sau:

g

X —0 -1 0
f’(x) — 0 + 0 — 0 +

£(x) m\_3/’2\1/’+00

Khéang dinh nao sau day ding?

A. XEI[r}l%;)_(S]f(x) = f(—5). B. xer[l}lgiﬂf(x) = f(—15).
C e flx)=2 D max, f(x)= £(-10).
Cau 23: Choham s y = f(x) c6 bang bién thién nhu sau:
X —o0 -1 0 1 +00
f’(x) — 0 + 0 — 0 +

(x) +OO\A_3/'2\A1/'+OO

bat g(x)=2f(x)+1. Khang dinh nao sau day dtng?

A. Xrer[l_eyl(]g(x)zl B. Xrel[l_a};)l(]g(x):& C. XIEI[I_E};)l(]g(X)Zl. D. Xrer[lg?f]g(x):—S.
Cau 24: Choham sg y = f(x) c6 bang bién thién nhu sau:
x —0 -1 0 1 +00
f’(x) — 0 + 0 — 0 +

£() m\_3/2\1/+@

Dat g(x)=3-4f(x). Khang dinh nao sau day dtng?
A. min g(x):15. B. min]g(x):—S. C. min g(x):—15. D. max g(x):—3.

xs[—l;l] xe|-1;1 xe[—l;l] xe[—l;l]
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Cau 25: Choham s§ y = f(x) c6 bang bién thién nhu sau:

£(x) m\_?)/Z\ 1 /+OO

Khang dinh nao sau day dtung?

A. m_e}>1< ‘f ‘ . B. m_a}>1< ‘f ‘ C. xrer[l_‘a})l(]‘f(x)‘ =0. D. xg[l_%]‘f(x)‘ =3.
Cau 26: Chohamsd y= f(x ( ) c6 bang bién thién nhu sau:
X —o0 -1 0 1 +o0
f'(x) - 0 + 0 - 0 4

f(x) +O()\A_3/v2\A1/v+oo

Khéng dinh nao sau day ding?

A minlf(x)]=2 B ominlf(l=1 C minff(x]-0. D minf(x)=3
Cau27: Chohamso y=f(x ( ) c6 bang bién thién nhu sau:
x —00 -1 0 1 +00
£'(x) - 0 + 0 - 0 4

£(x) m\_3/2\1/+00

biat g(x)=f(sinx). Khang dinh nao sau day dtng?

A. mﬂgxg(x)zz B. mﬂgxg(x):l. C. mﬂgxg(x):& D. mﬂgxg(x):él.
Cau 28: Choham s y = f(x) c6 bang bién thién nhu sau:
X —o0 -1 0 1 o0
f’(x) — 0 + 0 — 0 +

9 m\_3/2\1/+00

bat g(x)=f (cos x). Khang dinh nao sau day dtng?
A. mmg( ) B. ming(x)=2. C. ming(x)=—3. D. ming(x)zo.

4] il il
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Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cho ham s8 y = f(x) c6 bang bién thién nhw sau:

X —0 - | 0 1 +00
f'(x) - 0 + 0 - 0+

£ +(’O\A_B/'z\‘l/vm

bat g(x)= [f(x)T - 3[f(x)]2 . Khang dinh nao sau day dtng?

Amms()=t Bt Cpmulso Doz

(THPT CHUYEN VINH PHUC NAM 2018-2019 LAN 3) Gia tri 16n nhat ctia ham s8
flx)=

A. 3. B. 2. C. % D. 2.

(THPT CHUYEN BAC GIANG NAM 2018-2019 LAN 01) Gia tri nhé nhat ctia ham s8

x
x+3

trén doan [—2;3] bf?mg

f(x)=x+1 trén ntra khoang [2;+oo) 1a
X

A 2. B.g. C.0. D.

N | N

X2+

(PE MINH HOA GBD&DT NAM 2017) Tim gia tri nho nhat cia ham sd y = 3 trén doan

[2;4].

19
A. miny =6. B. miny=-2. C. miny =-3. D. miny=—=.
‘:2;4] y [21l4]y ‘:2;4] y [2}%1] y 3

Tim gia tri nho nhat cia ham s6 y=x+ 2 trén doan [2;4].
x

. 13 . 25 . .
A. r[rga?y—? B. I[Izlléllily—z C. r[r21;141]1y—6. D. r[r21;14r]1y——6.

(SO GD&DT BA RIA VUNG TAU NAM 2018-2019) Tim gia tri 16n nhat ctia ham s&
yzf(x)zx/x—1+\/5—x trén doan [1;5].
A. %}??f(x):&/i B. rflx%]xf(x):x/i C. I%}%]xf(x):%/i D. ragjxf(x)zZ.

Goi m, M Tan luot 1a gia tri nho nhat va gia tri 16n nhat cua ham s6 y=+x-1++7-x . Khi d6
¢ bao nhiéu s6 nguyén duong nam gitra m va M ?
A 1. B. 5. C.7. D. 0.
. 8
(THPT THANG LONG HA NOI NAM 2018-2019 LAN 02) Ham s6 y _xs 2 dat gia tri nho
x
nhat trén doan [103;109] tai x bang
A. 10°. B. 10°. C. 10°. D. 10°.
(SO GD&DPT BINH THUAN NAM 2018-2019) Gi4 tri I6n nh&t ciia ham s8 y =+-x* +5x bing

Dia chi I6p hoc: S6 4 Kiét 116 Nguyén Lo Trach TP Hué ---- Trung tim KM10 Hwong Tra------8
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A. 0. B. 2 . C. 6. D. 2.

2
Cau 38: (THPT CHUYEN VINH PHUC NAM 2018-2019 LAN 01) Tim gia tri nhé nhat cua ham s8

y=sin’x-4sinx-5.

A. 20 B. -8. ‘ C. 9. D. 0.
Cau39: (THPT CHUYEN VINH PHUC LAN 02 NAM 2018-2019) Gi4 tri nho nhat cia ham s&
:M trén doan la
sinx+1 2
A. 5. B. 2. C.3. D.g.

Cau40: (THPT GIA LOC HAI DUONG NAM 2018-2019 LAN 01) Cho ham s§
f (x) =sin’ x—3sinx+2.Goi M va m lan luot la gid tri 16n nhat va nho nhét caa ham sé da cho.
Khi d6 M +2m la
A. 0. B. 1. C.4. D. 5.

Loi giai

Dat sinx=t (te[-1;1]).Tacod f(t)=+-3t+2.
Xétham 8 f(t)=t-3t+2 véi te[-1;1]; f'(t)=3t-3=0 <t=—-1hodc t=1.
Taco f (—1) =4, f ( ) =0. Suy ra, gid tri 1on nhat va nhé nhat cta ham s6 lan luot la 4 va 0 hay
M=4;m=0.Gidtri M+2m=4+2.0=4.

Cau4l: (GKI THPT NGHIA HUNG NAM PINH NAM 2018-2019) Cho ham s&
f(x)=cos2x—cosx+1. Gié tri nho nhat ctia ham s& trén R 1a

A. mRinf(x):—l. B. mRinf(x):—i. C. mRinf(x):%. D. mRinf(x):—

Cau42: (GKI THPT LUONG THE VINH HA NOI NAM 2018-2019) Gia tri 16n nhat ctia ham s8
y=2sin’ x—cosx la phan s0 t6i gian c6 dang véi a,b la cac s6 nguyén duong. Tim a-b.
A. 8. B. 9. C.7. D. 10.

Cau43: (GKI THPT VIET BPUC HA NOI NAM 2018-2019) Gid tri nho nhdt cia ham sd
y=3cos2x—4sinx la

Al B. 7. C. -5. D. 1—31

Cau44: (MD 102 BGD&DT NAM 2016-2017) Tim gid tri 16n nhat M ctia ham s8 y=x* —2x* +3 trén
doan [O;x/g]
A. M=9. B. M=83. C. M=1. D. M-

Cau45: (MD 104 BGD&DT NAM 2018-2019) Gid tri nhoé nhat cia ham s& ( ) x° —3x trén doan
[—3;3] bang
A. 18. B. -18. C. 2. D. 2.

Cau 46: (MD 104 BGD&DT NAM 2017) Tim gid tri nho nhat mctia ham s6 y=x" + 2 trén doan {% ;2} )
x

Dia chi I6p hoc: S6 4 Kiét 116 Nguyén Lo Trach TP Hué ---- Trung taim KM10 Hwong Tra------9
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Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cau 51:

Cau 52:

Cau 53:

Cau 54:

Cau 55:

Cau 56:

Cau 57:

A.m:%. B. m=10. C. m=5. D. m=3.

(THPT CHUYEN THAI NGUYEN LAN 01 NAM 2018-2019) Goi M va m Ia luot 14 gié tri 16n
nhat va gia tri nho nhat cia ham s6 f (x) —2x—4J6-x trén [—3;6] .Tong M +m cé gia trj la:

A. -12 . ) B. —? . \,\C' 18. D. 4.

(CHUYEN BAC NINH NAM 2018-2019 LAN 03) Goi M la gia tri 16n nhat ctia ham s6
f(x)=4vx* —4x+6 +4x—x* +1. Tinh tich cdc nghiém ctia phuong trinh f(x)=M.

A. 2. B. 4. C. 2. D. 4.
(MP 103 BGD&DT NAM 2016-2017) Tim gia tri nho nhat m ctia ham s y=x* —x* +13 trén
doan [—2;3].
A.m:5—1. B.m:g. C. m=13. D.m:5—1.
4 4 2

(SO GD&DT LANG SON NAM 2018-2019) Tim x dé ham s6 y=x++4—x* dat gi4 tri 16n
nhat.
A x=-2. B.x:2\/§. C. x=1. D.x:\/a.

(PE THAM KHAO BGD&DT NAM 2016-2017) Tinh gia tri nh6 nhat cua ham s8 y = 3x+i2
X
trén khoang (0; +oo).

A. g}ir}y:?ﬁ/g. B. miny=7. C. miny:3—;. D. {g}irl)yzzg/g.

(0;+oc) (0;+oo)
(SO GD&DT NINH BINH NAM 2018-2019 LAN 02) Goi M, m Tan luot 1a gid tri 16n nhat, gia
tri nho nhét cia ham s6 f (x) —x—+/x trén doan [0 ;3:| . Gia tri cua biéu thtcc M +2m gan vdi sd

nao nhat trong cac s6 dudi day?
A. 1,768. B. 0,767 . C. 1,767 . D. 0,768 .

(THPT SON TAY HA NOI NAM 2018-2019 LAN 02) Gid tri nho nhat cia ham s&
f(x)=(x+1)(x+2)(x+3)(x+4)+2019 la

A. 2017. B. 2020. C. 2018. D. 2019.
(SO GD&DT QUANG NINH NAM 2018-2019 LAN 01) Téng gia tri Ién nhat M va gia trj nho

nhat m ctia ham s8 f(x)=(x—6)Vx* +4 trén doan [0;3] c6 dang a—byc v6i a 1a s8 nguyén
va b,c 1a cac sd nguyén duong. Tinh S=a+b+c.

A 4. B. 2. C. -22. D. 5.

(SO GD&DPT PHU THO NAM 2018-2019 LAN 02) Cho ham s8 f(x) c6 dao ham
f’(x) = —x(x - 2)2 (x - 3) ,Vx eR. Gia tri I16n nhait ctia ham s6 da cho trén doan [0;4] bang

A. £(0). B. £(2). C. f(3). D. f(4).

(THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Cho ham s8 y = f(x) x4c dinh

va lién tyc trén R, d0 thj ctia ham s8 y = f'(x) nhu hinh vé sau:

Dia chi I6p hoc: S6 4 Kiét 116 Nguyén Lo Trach TP Hué ---- Trung tam KM10 Hwong Tra------10



L6op Toéan thay Lé Ba Bao...0935.785.115... Truong THPT Dang Huy Trit, Hué

Gia trj 16n nhat ctia ham s6 y = f(x) trén doan [-1;2] la
A. f(1). B. f(-1). C. f(2). D. £(0).

Cau58: (THPT YEN MO A-NINH BINH NAM 2018-2019 LAN 01) Cho ham s8 y = f(x) lién tuc trén
{0; %} 6 d6 thi ham s8 y = f'(x) nhu hinh vé sau:

e '
w= fir)
3

7] \/

A

Ham s6 y = f(x) dat gia tri nho nhét trén 0 2 ta1 diém x, nao dwdi day?

A. x, =0. B. xozg. C. x,=3. D.x =1.

(THPT THIEU HOA - THANH HOA NAM 2018-2019 LAN 01) Cho ham s& f(x) c6 dao ham
la f'(x). Do thi caa ham s8 y=f'(x) duoc cho nhu hinh vé bén. Biét ring
£(0)+£(1)-2f(3)=f(5)- f(4). Tim gia tri nho nhat m va gia tri 1én nhat M caa f(x) trén

Cau 59:

doan [0;5].

"‘y

0 /\3 5 » X
A. m=f(5),M=£(3). B. m=f(5),M=f(1)
C.m=f(0),M=f(3). D. m=f(1),M=f(3)
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Cau 60: (THPT LY NHAN TONG LAN 1 NAM 2018-2019) Cho ham s8 c6 f(x) ¢ dao ham 1a ham
f'(x). Do thi ham s8 f'(x) nhw hinh vé bén. Biét rang f(0)+ f(1)-2f(2)=f(4)- f(3). Tim
gia tri nho nhat mva gia tri 1én nhat M caa f (x) trén doan [0;4] .

A y
2 4 S
0
A. m=f(4),M=f(2). B. m=f(1),M=f(2).
C.m=f(4),M=f(1). D. m=f(0),M=f(2).

Cau 61: (THPT NINH BINH BAC LIEU NAM 2018-2019 LAN 04) Cho ham s8 f(x) 6 d thi caa ham
s6 f'(x) nhw hinh vé. Biét £(0)+ f(1)-2f(2)=f(4)- f(3). Gia tri nho nhat m, gia tri 1on nhat
M ctia ham s6 f(x) trén doan [0;4] la

; y=fz)
\ 4 1
O 2\
A . m=f(4), M=f(1). B. m=f(4), M=f(2).
C.m=f(1), M=f(2). D. m=£(0), M=£(2).

Ciu 62: (CHUYEN LE HONG PHONG NAM PINH LAN 1 NAM 2018-2019) Cho ham s8 y = f(x) c6
bang bién thién nhu hinh dudi day. Tim gia tri 16n nhdt cia ham s6
g(x)=f(4x—x2)+%x3 -3x? +8x+% trén doan [1;3].

x —a0 0 4 4o

A.15. B. é C. E D. 12.
3 3

Cau 63: (THPT KINH MON HAI DUONG NAM 2018-2019 LAN 03) Cho ham s8 y=f(x) c6 dao

ham f'(x).Ham s8 y = f'(x) lién tyc trén tap s6 thyc va c6 bang bién thién nhu sau:
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Cau 64:

Cau 65:

Cau 66:

Cau 67:

H&
/
o
\
\

Biét rang f(-1)= %, f(2)=6. Gia tri nh6o nhét ctia ham s6 g(x)= f°(x)-3f(x) trén doan
[—1;2] béng

10 B 820 C 730

A —. L—. L. D. 198.
3 27 27

DANG TOAN 2: MAX MIN HAM NHIEU BIEN

(THPT CHUYEN BAC GIANG NAM 2018-2019 LAN 01) Cho x* —xy+y* =2. Gi4 tri nho nhat

cia P=x* +xy +y* bang

A 2. B. 1. c. L. D. 2.
3 6 2

(THPT MINH CHAU HUNG YEN NAM 2018 — 2019)Cho hai s thuc x,y thay ddi thoa man
diéu kiénx*+y*=2. Goi M,m lan luwot la gid tri 16n nhdt va nhdé nhat cta biéu
thite P =2(x” + y*) - 3xy . Gid tri cia M + n bang;:

A. 4. B. —%. C. 6. D. 1-442.

(SO GD&PT NAM DINH 2018-2019) Cho x,yeR théa min x+y=-1 va

x*+y*+xy=x+y+1. Goi M, m Ian luot la gia tri 16n nhat va gia tri nho nhéat ctia biéu thuic

P= ot .Tinh M+m.

x+y+1
AL B. 2. c. L. D. L.
3 3 2 3

(SO GD&DT PIEN BIEN NAM 2018-2019) Cho x,y thoa man 5x* +6xy+5y> =16 va ham s&

bacba y=f (x) c6 d6 thi nhu hinh vé. Goi M,m Ian luot 1a gia tri 1on nhat va nho nhét cta

2 2
P=fl 3V "2 | Tinh M+
X" -y —-2xy+4

[iN
o
=

=

A. M*+m* =4. B. M*+m*=1. C. M*+m*=25. D. M*+m*=2.
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Cau 68:

Cau 69:

Cau 70:

Cau 71:

Cau 72:

Cau 73:

(CHUYEN LAM SON THANH HOA LAN 2 NAM 2018-2019) Cho cac s8 thuc x,y thay d6i
nhung luén thoa man 3x* —2xy—y* =5. Gid tri nhé nhat caa biéu thic P=x*+xy +2y° thudc
khoang nao sau day?

A (47). B. (-2;1). C. (1;4). D. (7;10).

(THPT CHUYEN BAC GIANG NAM 2018-2019 LAN 01) Cho x, y la cac s6 thyc thoa man
x+y= Jx-1+ 2y+2. Goi M, m lan luot 1la gida tri 16n nhdt va nhdé nhat cua

P=x"+y*+2(x+1)(y+ 1)+ 84— x— y. Tinh gid tri M +m

A. 42. B. 41. C. 43. D. 44.
DANG TOAN 3: BAI TOAN THUC TE - TOI UU

(PE THU NGHIEM BGD&DT NAM 2016-2017) Mot vat chuyén dong theo quy luat
5= —%t3 +91* véi t (gidy) la khoang thoi gian tinh tir ltc bat dau chuyén dong va s (mét) la
quang duwong vat di duoc trong khoang thoi gian dé. Héi trong khoang thoi gian 10 giay, ké
tlr e bat dau chuyén dong, van tdc 16n nhat ctia vat dat dwoc bang bao nhiéu?

A. 216 (mJs). B. 30 (m/s). C. 400 (m/s). D. 54 (m/s).

(DE MINH HOA GBD&DT NAM 2017) Cho mdt t¥m nhém hinh vudng canh 12 cm. Nguoi
ta cat ¢ bon géc ctia tdim nhom d6 bon hinh vudng bang nhau, mdi hinh vudng c6 canh bang x
(cm), 161 gap tdm nhom lai nhw hinh vé dwdi day dé€ duoc mot cai hop khong nap. Tim x dé
hop nhan duoc co thé tich 16n nhat.

A. x=6. B. x=3. C. x=2. D. x=4.

(MP 101 BGD&DPT NAM 2017-2018) C)ng A dy dinh dung hét 6,5m* kinh dé€ lam mot bé ca
c6 dang hinh hop chit nhat khong nap, chiéu dai gdp d6i chiéu rong (cdc mai ghép c6 khong
dang ké). B& ca c6 dung tich 16n nhat bang bao nhiéu (két qua 1am tron dén hang phan tram).
A. 2,26 m°. B. 1,61m°. C. 1,33 m’. D. 1,50 m°.

(SO GD&DPT NINH BINH NAM 2018-2019 LAN 02) B4c Binh c6 mot t&m thép mong hinh
tron, tim O, ban kinh 4dm . Bac dinh cat ra mot hinh quat tron tim O, quén r6i han ghép hai
mép ctia hinh quat tron lai d€ tao thanh mot d6 vat dang mat non tron xoay (tham khao hinh
v&). Dung tich 1én nhat cé thé cia &6 vat ma bac Binh tao ra bang bao nhiéu? (bo qua phan
mdi han va d6 day cua tam thép).
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A. 128ﬂ\/§ dm’. B. 12877\/5 dm’. C. 1677\/§dm3. D. —64”\/§dm3.
27 81 27 7

Cau74: (SO GD&DT BA RIA VUNG TAU NAM 2018-2019) Mdt chat diém chuyén dong theo
phuong trinh S=—# + 9> +21t+9 trong d6 ¢ tinh bang gidy (s) va S tinh bang mét () . Tinh
thoi diém #(s) ma tai d6 van toc cua chuyén dong dat gia tri I6n nhat.

A. t=4(s). B. t=5(s). C. t=3(s). D. t=7(s).

Cau75: (SO GD&DPT BA RIA VONG TAU NAM 2018-2019) Mbt cong ty bt dong san c6 40 cian ho
cho thué. Biét réng néu cho thué mdi cin hé véi gia 3.000.000 dong mot thang thi moi can ho
déu c6 ngudi thué va ct tang thém gia cho thué mdi can ho 100.000 dong mot thang (theo qui
dinh trong hop dong) thi sé c6 mot can ho bi bo trong. Hoi mudn ¢ thu nhdp cao nhat thi
cong ty d6 phai cho thué mdi can ho véi gia bao nhiéu mot thang?

A. 3.700.000 dong. B. 3.500.000 dong. C. 3.900.000 dong.  D. 4.000.000 dong.

Cau76: (SO GD QUANG NAM 2019) Cho nita dwong tron duong kinh AB va hai diém C,D thay ddi

trén nita duong tron do6 sao cho ABCD la hinh thang. Dién tich 16n nhéat cta hinh thang

ABCD bang
AL g 33 C.1 D, 33
2 1 2

Cau77: (SO GD&DT CA MAU NAM 2018-2019) Nguoi ta mudn xay mét cai bé hinh hop ding cé
thé tich V =18(m*), biét ddy bé 1a hinh chi nhat c6 chiéu dai gip 3 lan chiéu rong va bé
khéng c6 nap. Hoi can xay bé c6 chiéu cao h bang bao nhiéu mét d& nguyén vat liéu xay dung
la it nhat (biét nguyén vat liéu xay dung cac médt 1a nhuw nhau)?

5 3
A. Z(m) B. E(m) C. 1(m) D. E(m)

Cau78: (CUM 150 GD&DT BAC LIEU NAM 2018-2019 LAN 01) Nguoi ta mudn xay mot bé chtra
nuéc dang hinh hop chit nhat khdng nap c6 thé tich 200m?. D4y bé 1a hinh chit nhat cé chiéu
dai gap doi chiéu rong. Gia thué nhan cong xay bé la 300.000 dong/m?2. Chi phi thué céng nhan
thap nhat 1a
A. 51 triéu dong . B. 75 triéu dong. C. 46 triéu dong. D. 36 triéu dong.

DANG TOAN 4: PHUONG TRINH - BAT PHUONG TRINH

Cau79: (SO GD&DT HA NOI NAM 2018-2019) Cho ham s8 y = f(x) c6 bang bién thién

v | - 1 3 o

" 4 il i} +

| N

Tim tat ca cac gia tri cua m d€ bat phuwong trinh f (\/x +1+ 1) <m cbdnghiém?

A. . m=>—4. B. m>1. C.m=2. D. m>-5.
Cau 80: (MD 101 BGD&DT NAM 2018-2019) Cho ham 8 f(x), ham s8 y = f'(x) lién tuc trén R va c6
d6 thi nhu hinh vé bén.
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o

AN,

B4t phuong trinh f(x)<x+m (m la tham s& thuc) nghiém dung v6i moi x €(0;2) khi va chi

khi
A m=f(2)-2. B. m> £(0). C.m>f(2)-2. D. m> f(0).
Cau8l: (MD 102 BGD&DT NAM 2018-2019) Cho ham 8 f(x), ham s§ y = f'(x) lién tuc trén R va c6
do thi nhu hinh vé sau:

ik
v=fl=)

a
0\/—

B4t phuong trinh f(x)>x+m (m la tham s& thuc) nghiém dung véi moi x €(0;2) khi va chi
khi
A. m<f(2)-2. B. m< f(2)-2. C. m< £(0). D. m< f(0).

Cau82: (THPT NGO SI LIEN BAC GIANG NAM 2018-2019 LAN 04) Cho ham s8 y = f(x) va ham s&
y= g(x) c6 dao ham xac dinh trén R va c6 d6 thi nhw hinh vé dudi day:

X

31

4 ~? \ x /4 - A A
C6 bao nhiéu gia tri nguyén ctia tham s6 m dé phuong trinh M =m c6 nghiém thudc

8(%)
[—2;3] ?

A 4. B. 5. C.7. D.é6.
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Cau 83:

Cau 84:

Cau 85:

Cau 86:

Cau 87:

Cau 88:

Cau 89:

Cau 90:

(MDP 103 BGD&DT NAM 2018-2019) Cho ham s6 f(x), ham s8 y = f'(x) lién tuc trén R va c6
do thi nhu hinh vé bén.

/ 3]
B4t phuong trinh f(x)<2x+m (m la tham s§ thirc) nghiém dung v6i moi x €(0;2) khi va chi
khi
A. m> £(0). B. m> f(2)-4. C.m=£(0). D. m=>f(2)-4.

(SO GD&DT DIEN BIEN NAM 2018-2019) Cho ham s8 y = f(x). Ham s8 y = f'(x) <6 bang
X

bién thién nhu sau:
| —o0 2 1 +00
+00 0
2 —0

B4t phuong trinh f(x)<x’+m ding v6imoi x e(-1;1) khi va chi khi

A m> f(x)+1. B. m> f(-1)-1. C.m=>f(-1)+1. D. m> f(1)-1.

(SO GD&DPT NAM DINH 2018-2019) S5 cac gid tri nguyén ctia tham s§ m thudc doan
[2019;2019 ] d€ phuong trinh x* +(m+2)x +4 =(m—1)yx’ +4x c6 nghiém la

A. 2011. B. 2012. C. 2013. D. 2014.

(THPT CHUYEN VINH PHUC LAN 02 NAM 2018-2019) Tim tat ca cac gia tri tham s& m dé
bat phuong trinh 6x + (2 + x)(8 - x) <x*+m-1 nghiém dung véi moi x e [—2;8].

A.m=>16. B. m=15. C.m=8. D. 2<m<16.

(SO GD&DT NINH BINH LAN 01 NAM 2018-2019) SG gi4 tri nguyén ctia tham s8 m nam
trong khoang (0;2020) d& phuong trinh Hx - 1| - |2019 - x” =2020-m conghiém la

A. 2020. B. 2021. C. 2019. D. 2018.

(SO GD&DT DIEN BIEN NAM 2018-2019) Goi S 1a tap tat ca cac gid tri ctia tham s& m dé bat

phuong trinh (x +1)4 +x* —4x-52m" +m® —6m thda man v6i moi gia tri cua xeR. Tinh tong

cac gid tri cua S.

A 1. B. -3. C. 5. D. 2.

(SO GD&PT QUANG BINH NAM 2018-2019) Goi$ la tap hop tit ca cac gia tri nguyén
duwong cua tham s6 m d€ bat phuong trinh sau x° +3x* —m’x’ +4x* —mx+2>0 nghiém dung
v6imoi x[1;3]. Tong tat ca céc phéan tir ctia S bang:

A. 3. B. 2. C. 1. D. 4.

(CHUYEN NGUYEN TRAI HAI DUONG NAM 2018-2019 LAN 01) Gi4 tri 16n nhat ctia ham
3 2 .

sO y=x+x—m trén [0; 2] bang 5. Tham s m nhan gia trj 1a

x+1
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Cau 91:

Cau 92:

Cau 93:

Cau 94:

Cau 95:

Cau 96:

Cau 97:

A. 5. B. 1. C. 3. D. -8.

(CHUYEN LE QUY PON DIEN BIEN NAM 2018-2019 LAN 02) Gois la tip hop cic gia tri
nguyén ctia tham s6 me[0;2019] dé€ bat phuong trinh x* —m+ (1—x2 )3 <0 dung véi moi
xe[-1;1]. S8 phan tir ctia tap sbang

A 1. B. 2020. C. 2019. D. 2.

(CHUYEN DAI HOC VINH LAN 03 NAM 2018 - 2019) Cho f(x) ma d thi ham s& y = f'(x)
nhu hinh vé sau:

—1

Bat phuong trinh f(x) > sin%x +m nghiém diung véi moi x e [—1;3] khi va chi khi

A. m< f(0). B. m< f(1)-1. C.m<f(-1)+1. D. m< f(2).

(CHUYEN QUOC HOC HUE LAN 3 201820199 Cho phuong trinh
m(\/x2 —2x+2 +1)—x2 +2x=0 (m 1a tham s8). Biét rang tap hop cac gia tri ctia tham s& m dé
phueong trinh cé nghiém thudc doan [0 ; 1+2\/5 } la doan [a ;b:|. Tinh gia tri cua biéu thic
T=2b-a.

A. T=4. B.T=". C.T=3. D.T:%.

N

(THPT CHUYEN HOANG VAN THU HOA BINH NAM 2018-2019 LAN 04) Téng cac gia tri

nguyén duong cta m d€ tap nghiém cua bat phuong trinh 1/% 2* +1<+/x ¢6 chita dung hai s6

nguyeén la
A. 27. B. 29. C. 28. D. 30.
DANG TOAN 5: BAI TOAN THAM SO

(THPT NGO GIA TU VINH PHUC NAM 2018-2019 LAN 01) Cho ham s6 y=2x>-3x> —m.
Trén [—1;1] ham s6 c6 gia tri nho nhatla —1. Tinh m.

A m=-6. B. m=-3. C. m=-4. D. m=-5.

(THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Néu ham s8 y=x+m+y1-x*
c6 gia tri 16n nhat bing 242 thi gi4 tri ctia m 1a

A.%. B. /2. C.\2. D.—%.

(CUM LIEN TRUONG HAI PHONG NAM 2018-2019 LAN 01) Cé mét gia trim, cua tham s&
mdé ham s6 y=x° +(m2 +1)x2 +m+1dat gia tri nhé nhat bang 5 trén doan [0;1]. Khi d6

ménh dé nao sau day dang ?
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Cau 98:

Cau 99:

Cau 100:

Cau 101:

Cau 102:

Cau 103:

Cau 104:

Cau 105:

A. 2018m, —m’ > 0. B. 2m, -1<0. C. 6m, —m; <0. D. 2m, +1<0.
(SO GD&DT BAC NINH NAM 2018-2019 LAN 01) C6 bao nhiéu gia tri ctia tham s m dé gia

p— 2 —_— N
tri I6n nhat cua ham s6 yzu2 trén doan [0;4 ] bang 1.
x—m
A. 0. B. 2. C. 3. D. 1.

2

Cho ham s6 f(x)zx s
x

ham s6 ¢6 gid tri nho nhat trén doan [0 ;3] b:;“mg -3. Gia tri m, thuoc khoang nao trong cac

v6i m la tham sd thue. Gia st m, la gia tri duwong ctia tham s6 m dé

khoang cho dudi day?

A. (20;25). B. (5;6). C. (6;9). D. (2;5).

(MP 101 BGD&DT NAM 2016-2017) Cho ham s8 y = “—T (m 1a tham s& thuc) thoa man
x —

r[rz114r]1 y =3. Khang dinh nao sau duéi day dung?

A. m<-1. B. 3<m<4. C. m>4. D.1<m<3.
(MP 102 BGD&DT NAM 2016-2017) Cho ham s6 y:H—T (m la tham s& thuc) thoa man
X+

1611121]1 y+ IE};%:)I( y= % . Khéang dinh nao duéi day ding?

A.m<0 B. m>4 C.0<m<2 D.2<m<4
(CHUYEN KHTN LAN 2 NAM 2018-2019) Téng gia tri 16n nhét va gia tri nho nhat ctia ham
sO y= & +nl1 trén [1;2] bang 8 (m 1a tham s& thyrc). Khing dinh nao sau day ding?
X+
A. m>10. B. 8<m<10. C.0<m<4. D.4<m<8.
N : o " o 2sinx — .
(THPT HUYNH MAN DAT NAM 2018-2019 LAN 01) Cho ham s8 y=~o "% 4at gig
sinx + cosx
tri 1on nhat trén {O;%} bang 1. Khang dinh nao sau day ding?
A.me[—l;O). B.me[O;l). C.me[1;2). D. me[2;3).
(CHUYEN BAC NINH NAM 2018-2019 LAN 03) Goi A,B I4n luot 1a gi4 tri nho nhat, gia trj
2
16n nhét ctia ham s6 y = w trén doan [2;3] . Tim t&t ca cac gia tri thuc cua tham s6 m
x —
46 A+B=2.
2
A.-m=1m=-2. B. m=-2. C.m==x2. D.m=-1m=2.

(CHUYEN HUNG YEN NAM 2018-2019 LAN 03) Goi T 1a tap hop tt ca gi4 tri cua tham s&

AN A mx+
m dé ham s y =

} c6 gid tri 16n nhat trén doan [2;3] bing g Tinh tdng cuia cac phan tk

xX+m
trong T'.
A.1—7. B.E. C.2. D.6.
5 5
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Cau 106:

Cau 107:

Cau 108:

Cau 109:

Cau 110:

Cau 111:

Cau 112:

Cau 113:

Cau 114:

(THPT CHUYEN PHSP HA NOI NAM 2018-2019 LAN 03) Cho ham s8 y=(x’ —3x+m)2.

Téng tat ca cac gia tri ctia tham s m sao cho gia tri nho nhdt cua ham s& trén doan [-1;1]

bang 11a
A 1. B. 4. C.0. D. 4.
(GKI THPT VIET PUC HA NOI NAM 2018-2019) Cho ham s& f(x):%. Tim gia tri
sinx +

cua m d€ gia tri 1on nhat cia ham sd f(x) trén doan {0;2?”} bang 2.

m=>5
A. m=5. B. . C.m=2. D. m=3.

m=2

x+m’

C6 bao nhiéu gia tri nguyén duwong cua tham s6 m d€ gia tri nho nhat ctia ham s6 y = n
x J—

trén doan [2; 3] béng 14?

A. 2. B. 1. C. 0. _ D.4

(SO GIAO DUC DAO TAO VINH PHUC NAM 2018 - 2019 LAN 01) Tinh t6ng t4t ca cac gia
tri cia tham s6 m sao cho gia tri 16n nhat cia ham s6 y = ‘xz —2x+ m‘ trén doan [—1;2] b%\ng 5.
A.‘—l. B. 2. C. 2. D.1.

(PE THAM KHAO BGD&DT NAM 2017-2018) Goi S 1a tap hop tat ca cac gia tri ctia tham s&

thuc m sao cho gia tri 16n nhat cta ham s& yz‘x3 —3x+m‘ trén doan [0;2] bang 3. S8 phan tu

cuaSla

A. 1. B. 2. C.o. D. 6.

(THPT AN LAO HAI PHONG NAM 2018-2019 LAN 02) Tim t4t ca gid tri thuec ctia tham s& m
2

d€ ham s y= XAmx+l lién tuc va dat gid tri nho nhét trén doan [0;2] tai mot diém

xX+m
X, € (0;2) .
A O<m<l1. B. m>1. C.m>2. D. -1<m«<1.

(THPT Phu Duc - Thai Binh - 2019) Goi S 1a tap hop cac gid tri cia m d€ ham s6
y= ‘xg’ -3x% + m‘ dat gia tri 16n nhat bang 50 trén [-2;4]. Téng cac phan ti thudc S 1a

A. 4. B. 36. C. 140. D. 0.

(CHUYEN THAI BINH NAM 2018-2019 LAN 03) Goi S 1a tap hop céc gia tri ctia tham s& m

X2 —mx+2m

d€ gia tri 16n nhat ctia ham s6 y = trén doan [-1;1] bang 3. Tinh tong tat ca cic

x_

phantrcua S.

8 5
A ——. B. 5. C. =. D. -1.

3 § . 3
(CHUYEN HA LONG NAM 2018-2019 LAN 02) C6 bao nhiéu s6 thuc m d€ gia tri nho nhat
ctia ham s8 y =|x* —4x +m+3|—4x bang -5.
A. 2. B. 3. C. 0. D. 1.

HET HUE...16h00 Ngay 08 thing 8 nim 2020
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Page: CLB GIAQ VIEN TRETP HUE - iy N Bii: KHAO SAT HAM SO

Chu dé 3: GIA TR LON NHAT VA
GIA TRI NHO NHAT CUA HAM SO

DANG TOAN 1: GTLN - GTNN TREN KHOANG (NUA KHOANG - POAN)

Cau 1:

Cau 2:

Cau 3:

Cau 4:

(GKI THPT NGHIA HUNG NAM DINH NAM 2018-2019) Cho ham s8 f(x) lién tuc trén
[u;b] .Khéang dinh nao sau day ding?
A. Ham s6 khong c6 gid tri 16n nhat trén doan [a;b].
B. Ham s6 ludn c¢ gia tri 16n nhat, gia tri nho nhat trén doan [a;b] i
C. Ham s6 khong c6 gia tri nho nhat trén doan [ a;b].
D. Ham s6 ludn cé cuc dai va cuc tiéu trén doan [a;b] )
Loi giai
Theo dinh ly vé gid tri 16n nhat, gia tri nho nhat cua h%lm sO trén mot doan.
(THPT CHUYEN DHSP HA NOI NAM 2018-2019 LAN 03) Cho ham s8 y = f(x) lién tuc trén

R théa man gia tri nhé nhat ctia ham s8 trén R 1a 0. Khang dinh nao sau day la dting?

A. f(x)ZO vxeR, Ix,, f(x0)=0. B. f(x)<0 VxeR.
C. f(x)SO vVxeR, 3x,, f(xo)zO. D. f(x)>0VxeR.
Loi giai

Ta c6 dinh nghia gia tri nho nhat cia ham s6: Cho ham s6 y = f (x) xac dinh trén tap D .S6 m
duoc goi la gid tri nho nhat ctia ham s8 y = f(x) trén tap D néu f(x)2m v6i moi x thude D
va ton tai x, € D sao cho f(x,)=m .

(THPT CAU GIAY HA NOI NAM 2018-2019 LAN 01) Cho a,beR, 0<a<b, ham s& y = f(x)
c6 dao ham trén R thoa man f’(x)<0, Vx e(a;b). Gia tri nho nhat cua ham s6 da cho trén
doan [a;b] béng

A. £(b). B. f[”—*bj C. f(a). D. f(ab).

2
Loi giai

Ham s6 y = f(x) thdaman f'(x)<0 Vxe(a;b) nén ham s6 nghich bién trén (a;b).

Do do rﬁmbrj'tf(x) =f(b).

(CHUYEN NGUYEN TAT THANH YEN BAI LAN 01 NAM 2018-2019) Cho ham s6 v = f(x)

lién tuc va c6 bang bién thién trén doan [—1 ; 3] nhu hinh vé. Khang dinh nao sau day dung?
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Cau 5:

Cau 6:

Cau 7:

x -1 0 2 3

A. r[r_11:;13>]<f(x)=f(0). B. maxf(x)zf(3).

max C. maxf(x) = f(2) .

(3]
Loi giai
Nhin vao bang bién thién ta thay max f(x)=£(0).
(THPT CO LOA HA NOI NAM 2018-2019) Cho ham s8 y = f(x) xéc dinh, lién tuc trén R va
c6 bang bién thién nhu sau:

fix) 3 ; 5"
; | & /’ e A D
Gia trj 16n nhat ctia ham 6 y = f(x)trén doan [0;2] bang
A 1. B. 3. C. 0.
Loi giai
Duya vao bang bién thién ta thdy trén doan [0;2] gié tri 16n nhat ctia ham s y = f(x) bang3.
(THPT NGUYEN DU - DAK LAC - NAM 2018-2019) Cho ham s8 y = f(x) xac dinh, lién tuc

trén R va cd bang bién thién nhu sau

X ' — 1 2 | o

D. 2.

X —a 0 l 40

h'A + -0 +

v v 0 S > s
—a0 L~

Khang dinh nao sau day sai?
A. Ham s6 c6 gia tri cuc tiéu bang 1.
B. Ham s0 dat cyc dai tai x=0 va dat cuc tiéutai x=1.
C. Ham s6 c6 gia tri 16n nhat bang 0 va gia tri nhé nhat bang 1.
D. Ham s& ¢6 dung hai cyec tri.
Loi giai
Tt bang bién thién ta dé thdy y A, B, D dtng.
Do lim f(x)=—o,lim f(x)=+0 nén ham s6 da cho khéng c6 gia tri 16n nhat va khéng c6 gia

X—>—00 X—>+00

tri nho nhat.
(DE MINH HOA GBD&DT NAM 2017) Cho ham s&y = f(x)x4c dinh, lién tuc trénR va cé

bang bién thién:
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Cau 8:

Cau 9:

o0

0

-0

Khang dinh nao sau day la khang dinh ding?
A. Ham s6 c¢6 dung mot cuc tri.
B. Ham s& c6 gid tri cuc tiéu bang 1.
C. Ham s6 c6 gia tri 16n nhat bang 0 va gia tri nho nhat bang —1.
D. Ham s6 dat cuc dai tai x=0 va dat cuc tiéu tai x=1.
Loi giai
Dép an A sai vi ham s6 ¢ 2 diém cuc tri.
Dép an B sai vi ham s6 ¢6 gia tri cyc tiéu y=-1 khi x=0.
Dép an C sai vi ham s6 khong ¢6 GTLN va GTNN trén R.
Dép an D ding vi ham sd dat cuc dai tai x=0 va dat cuc ti€u tai x=1.
(D& minh hoa) Cho ham s8 y = f(x) c6 bang bién thién nhu hinh vé bén. Ménh dé nao dudi

day dang ?

X | —oo 0 1 +00

y' — 0 + 0 _

+o0 5
y \ / \
4 —o0
A. y., =5 B. y., =0. C. miny = 4. D. maxy =5.
Loi giai

Tt BBT suy ra ham s6 dat cuc dai tai x=1, gia tri cuc dai y, = y(l) =5,
(5O GD&DT HA NOI NAM 2018-2019) Cho ham s8 y = f(x) c6 bang bién thién trén [-5;7)

nhuw sau:

7 -5 1 7
Y = 0 +
il \ / y
Ménh dé nao dudi day dtng?
A. [rglgl)f(x):6 B. En_sl%f(x)=2 C. r[r_15§17>);f(x):9. D. {{153;.7)%f(x)=6.
Loi giai

Duya vao bang bién thién trén [ -5;7), ta co: Egl%f(x) =f(1)=2.
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Cau10: (SO GD&DT KIEN GIANG NAM 2018-2019) Ham s8 y = f(x) lién tuc trén R va c6 bang bién

thién nhw hinh bén dwdi.
X —ot -4 0 8 +20
y' - 0 + 0 - 0 +

+ 9 +0
f(-4) /(8)

Biét f(-4)> f(8), khi d¢ gia tri nho nhét ciia ham s8 da cho trén R bang
A 9. B. f(—4). C. f(8). D. 4.
Loi giai
Tt bang bién thién:

X - -4 0 8 o
y' ~ 0

+ 0 = 0 +
+ 9 o
) \
\\_ \ /
“f(~4) f(8)

Tacé: f(x)> f(—4), Vxe(-0;0]; f(x)2 f(8),Vxe(0;+e).
Mt khac: f(—4) > f(8) suy ra:Vx € (—oo;+oo) :f(x)2 f(8). Vay min f(x) = £(8).
Ciu1ll: (CHUYEN LUONG THE VINH DPONG NAI NAM 2018-2019 LAN 01) Cho ham s y = f(x)

xac dinh va lién tuc trén R c6 d6 thi nhu hinh vé bén. Tim gia tri nho nhat m va gia tri 16n
nhéat M ctia ham s8 y = f(x) trén doan [-2;2].

A.m=-5M=-1. B. m=-2,M=2. C.m=-1,M=0. D. m=-5M=0.
Loi giai
Nhin vao d6 thi ta thay:
M:E‘z?z)](f(x):_l khi x=-1 hoac x=2; mzfgéﬁf(x)z—S khi x=-2 hoac x=1.
Cau12: (THPT THAI PHIEN HAI PHONG NAM 2018-2019) Cho ham s§ f(x) lén tuc trén doan
[1;3] va c6 d6 thi nhu hinh vé bén. Gid tri 16n nhét ctia ham s8 y = f(3sin* x—1) béng

Dia chi 16p hoc: S6 4 Kiét 116 Nguyén Lo Trach TP Hué ---- Trung tim KM10 Hwong Tra------ 24



L6op Toéan thay Lé Ba Bao...0935.785.115... Truong THPT Dang Huy Trit, Hué

A. 3. B. 2. C. 0. D.1.
Loi giai
Dat t=3sin2x—1:>te[—1;2:|
Nhan xét: Gid tri 16n nhat cua ham s6 y=f (SSinzx—l) la gia tri 16n nhat cta ham sd

y=f(t)trén [—1;2] . Dwa vao d6 thi ta co: maxy = maxf(t) =2. 14

2]

Cau13: Choham sd y = f(x) c6 d6 thi nhuw hinh dwéi. Goi m, M Tan lugt 1a
gia tri nho nhat va gia tri I6n nhat cia ham s6 y = f(-2x) trén {—1;%}.

Gia tri m+ M bang

A. 0. B. 4.
c. V. D. 4.
8

Loi giai

Dat t=-2x, vi xe{—l;%}:te[—l;Z].

Khi d6 can tim GTNN, GTLN ctia ham s6 y = f(¢), t €[-1;2].

m=min f(t)=—4 khi t =2 s
Véi te[-1;2]= (=121 , . Suy ra m+M =—4. 5
M:I[r_112_12>]<f(t):O khit=0
Ciu14: (THPT HOANG VAN THU - HA NOI NAM 2018-2019) Cho hi | ‘ ham

cap 2 trén R, ham s8 y = f'(x) c6 d6 thi nhw hinh vé bén.
¥
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Gia tri l16n nhat cia ham s0 y = f {MJ trén doan {—5?” ,%} bang

A. f(—%”j. B. f(—%j. C. £(0). D. f(%}

Loi giai
Dat tzwzsin x+Z | Vi xe —5—”;E —x+Ze —Z;Z :>te[—1;1].
2 3 6 6 3 22
Dua vao d6 thi cia ham s6 f ’(x) , ta co bang bién thién
t |4 0 1

f1(#) + 0 -

flz) /{(UJ\
f(-1) £(1)
T

Ta cé: max f[wj:maxf(t) <:>t=0<:>sin(x+%]:0<:>x=——.

3

27T
6 6

;

sinx ++/3 cosx T
Va —_—|=f] -=.
ay rg:alzf{ > J f( 3j

Cau15: Choham sd y= f(x) lién tuc, dong bién trén doan [4;b | . Khang dinh nao sau dy dung?
A. Ham s6 da cho cé cuec tri trén doan [a;b] )
B. Ham s& da cho 6 gid tri 16n nhat, gid tri nho nhat trén khoang (;b).
C. Phuong trinh f(x)=0 c6nghiém duy nhét thudc doan [a;b] .
D. Ham s& da cho c¢6 gid tri 16n nhét, gia tri nho nhat trén doan [a;b] i
Loi giai
Viham s8 y = f(x) lién tuc, dong bién trén doan [4;b | nén r[rﬂl%’?f(x) = f(a);rﬁjjxf(x) = f(v)
Vay ham s& da cho c6 gid tri 16n nhét, gia tri nho nhat trén doan [u;b] )
Cau16: (SO GD&DT DIEN BIEN NAM 2018-2019) Cho ham s6 f(x) x4c dinh/lién tuc trén R va co

bang bién thién sau:

m | N T

Phat biéu nao sau day dung?
A. Ham s6 c6 gia tri nho nhat bang 0 va gia tri 1én nhat bang 2.

Dia chi I6p hoc: S6 4 Kiét 116 Nguyén Lo Trach TP Hué ---- Trung tam KM10 Hwong Tra------26



L6op Toéan thay Lé Ba Bao...0935.785.115... Truong THPT Dang Huy Trit, Hué

B. Ham s6 nhéan gid tri dwong véimoi xeR.
C. Trén [2;8] ham s6 c6 gia tri 1on nhdt 1a M, gia tri nho nhat 1a m. Gia tri bi€u thic
m—3M=—6.
D. Ham s6 c¢6 dung mot cuc tri.
Loi giai
Dua vao bang bién thién ta thay:
Ham s6 c6 gia tri nho nhat bfing 0 va khong co gia tri 16n nhat nén loai phuong an A.
Ham s6 nhan gid tri khong am véi moi xe R ( f(2) =0) nén loai phwong anB.
Ham s6 c6 3 cuc tri nén loai phwong an D.
Ham s0 ¢ gia tri 1on nhat trén [2;8] la M =2 va gi tri nho nhat trén [2;8] la m=0. Gia tri
biéu thitc m—3M =0-3.2=-6. Vay phat biéu dung la C.
Cau17: Chohamsd y=f (x) lién tuc trén doan (-1;3) va c¢6 d6 thi nhuw hinh vé bén. Goi M va m lan

lugt 1a gia tri 16n nhat va nho nhat caa ham s6 da cho trén doan [—1;3]. Gid tri cuia M -m

bang
uh
) K-
2
AN
i 2/
1 O V 3 T
L RO '
A. 0. B. 1. C.4. D.5.

Loi giai
Can ct vao do thi ta cd M:I[r%%(y:& m:I[nli_Qy:—Z Vay M-m=5.

Cau18: Choham sd y=f(x) c6 bang bién thién nhu sau:

X —o0 -1 0 1 400
f’(x) — 0 + 0 — 0 +

() +°°\_3/2\1/+°°

Khang dinh nao sau day dtng?

A. xrerfg;)f]f(x) =2. B. xrer[l_a})l(]f(x) =1. C. }J[‘_”}?f]f(x) =0. D. xrer[lg;)f]f(x) =-3.
Loi giai
= Chon dap an A.
Cau19: Chohamsd y=f(x) c6bang bién thién nhu sau:
x —0 -1 0 1 400
f’(x) — 0 + 0 — 0 +
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Cau 20:

Cau 21:

Cau 22:

() m\_3/2\1/+00

Khang dinh nao sau day dtng?

A. xir[gr}]f(x) =2. B. xtel[lllr}]f(x) =1. C. l151[17111}]]"(35) =0. D. xrer[l_1lr}]f(x) =-3.
Loi giai
= Chon dap dan D.
Cho ham s8 y = f(x) c6 bang bién thién nhw sau:
x —0 -1 0 1 +00
f'(x) - 0 + 0 - 0+

e m\_3/2\.1/vm

Khéng dinh nao sau day ding?

A. xriﬁg;r}]f(x):—& B. g’[%rl'ﬁf(x):2 C. gﬁ%r}]f(x)zo D. gﬁgr}]f(x)zl
Loi giai
= Chon ddp dn D.
Cho ham s8 y = f(x) c6 bang bién thién nhw sau:
x —0 -1 0 1 +00
f’(x) — 0 + 0 — 0 +

£(x) m\_?)/z\l/vmo

Khang dinh nao sau day dtng?
A. max f(x) =f(5). B. max f(x) = f(15). C. max f(x) =2. D. max f(x) = f(lO).

xe[S;lS} xe[5;15] xe[5;15} xe[5;15}

Loi giai
Dua vao BBT ta thay f(x) dong bién trén [ 5;15]= rrgaxjf(x) = f(15).

xe| 5;15

Cho ham s8 y = f(x) c6 bang bién thién nhuw sau:

X —00 -1 0 1 400
f’(x) — 0 + 0 — 0 +

£(x) m\_3/’2\1/’+00

Khang dinh nao sau day dtng?

A. xer[r_llg;_(SJf(x) = f(—5). B. xer{r_gg?fﬂf(x) f(—15).

C. max f(x)=2. D. mafo(x)zf(—lO).

xe[-15;-5 | xe[-15,-5
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Cau 23:

Cau 24:

Cau 25:

Loi giai
Dua vao BBT ta thdy f(x) nghich bién trén [-15;-5]= max ]f(x) = f(-15).

xe[—lS;—S

Cho ham s8 y = f(x) c6 bang bién thién nhw sau:

X —o0 -1 0 1 +o0
f’(x) — 0 + 0 — 0 +

(x) m\_3/2\1/+«>

bat g(x)=2f(x)+1. Khang dinh nao sau day ding?
A. max g(x) =2. B. max g(x) =5. C. max g(x) =1. D. max g(x) =-5.

xe[—l;l] xe[—l;l] xe[—l;l] xe[—l;l]
Loi giai
Dua vao BBT, ta c6: Vxe[-1;1]: -3< f(x)<2<-6<2f(x)<4 < -5<2f(x)+1<5.

Cho ham s8 y = f(x) c6 bang bién thién nhw sau:

X —00 -1 0 1 +00
f'(x) — 0 + 0 — 0 +

f(x) m\_3/2\1/+«>

Dat g(x)=3-4f(x). Khéng dinh nao sau day ding?
A. min g(x) =15. B. min g(x) =5 C. min g(x) =-15. D. max g(x) =-3.

xe[—l;l] xe[—l;l] xe[—l;l] xe[—l;l]

Loi giai
Dua vao BBT, ta ¢6: Vxe[-1;1]: -3< f(x)<2< -8<-4f(x)<12& -5<3-4f(x)<15.

Cho ham s8 y = f(x) c6 bang bién thién nhuw sau:

X —00 -1 0 1 +00
f’(x) — 0 + 0 — 0 +

f(x) +OO\A_3/'2\.1/'+OO

Khang dinh nao sau day dtng?

A. xrer[l_e}?f]‘f(x)‘zz. B. xgﬂﬁ?f]‘f(x)‘zl' C. xrer[lg?f]‘f(x)‘zo. D. )(rer[l_e};)l(]‘f(x)‘:&
Loi giai
BBT:
X —0 -1 0 1 +o0
f’(x) — 0 + 0 — 0 +
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£(x) +oo\_3/2\1/+oo
() \0/3\0/2\1/

Cau 26: Choham s y = f(x) c6 bang bién thién nhu sau:

X —00 -1 0 1 +00
f'(x) — 0 + 0 — 0 +

f(x) m\_3/2\1/+«>

Khang dinh nao sau day ding?

A. xgﬂ]‘f(x)‘zz. B. xil[g{}]‘f(x)‘zl. C. xrer[lilr;}]‘f(x)‘zo. D. Xrgr[lilr;}]‘f(x)‘:&
Loi giai
BBT:
x —0 -1 0 1 +00
f’(x) — 0 + 0 — 0 +

f(x) +OO\A_3/'2\A1/'+OO
() \0/3\0/2\1/

Cau 27: Choham sé y = f(x) c6 bang bién thién nhu sau:

X —o0 -1 0 1 o0
f’(x) — 0 + 0 — 0 +

f(x) +OO\A_3/'2\.1/'+OO

bat g(x)=f(sinx). Khang dinh nao sau day dtng?

A. maxg x)=2. B. mﬂgxg(x):l. C. mRaxg(x):& D. mﬂgxg(x):él.

bat t=sinx; VxeR:te[—l;l].
Ta co: mﬂgxg(x)zr[n%)](f(t) =2 dat dwoc khi sinx=0< x=krz, keZ.

Cau 28: Choham sg y = f(x) c6 bang bién thién nhu sau:
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X —00 -1 0 1 400
f’(x) — 0 + 0 — 0 +

e +°°\A_3/'2\A1/'+°°

bat g(x)=f (cos x). Khang dinh nao sau day dtng?
A. mmg( ) B. ming(x)zz. C. ming(x)=—3. D. ming(x)zo.

03] o] o]

Loi giai

bat t=cosx; Vxe{o;z}:n‘e[o;l].
2

Ta coé: r{nir}xg( ) r[roul?f( ) 1 dat dwoc khi cosx=1< x=k27, ke Z.
0;%
Cau29: Choham sd y= f(x) c6bang bién thién nhu sau:

(x) +OO\A_3/'2\.1/'+OO

Dat g(x) = [f(x)T [f x)]2 Khang dinh nao sau day ding?

A. maxg(x):—4. B. r[nl] (x) 4. C. r[r_11al>]<g( ) 0. D. r[nlal>]<g( )

Loi giai
Ta co: Vxe [—1;1] = f(x) € [—3;2]. Dat t= f(x) € [—3;2].
t=0e[-3;2]

Xétham s8 h(t)=t -3¢ te[-3;2]=h'(t)=3F -6t =0 t=2e[-32]

Ta cd: h(0)=0; h(2)=—4; h(-3)=-54.
Cau 30: (THPT CHUYEN VINH PHUC NAM 2018-2019 LAN 3) Gia tri 16n nhat ctia ham s8

f(x) =3 trén doan [—2;3] bang
X
A3, B. 2. =3 D. 2.
Loi giai
Ta cé: f'(x)= 3 ~>0, Vxe[—2;3:|

x+3)

£ s ~ N U 1
Do dé ham s6 f(x) dong bién trén [—2;3]. Suy ra: I[{lza3>]<f(x) =f(3)= 5
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Cau31l: (THPT CHUYEN BAC GIANG NAM 2018-2019 LAN 01) Gia tri nho nhat cua ham s6

f(x):x+1 trén nira khoang [ 2;+w) la
X

A 2. B.2. C.o. D. 7.
2 2
Loi giai
Ap dung bat dang thiec Co-si, ta duoc: f(x)=x+1=%+£+12£+2 f.l =—.
x 4 4 x 4 4 x 2

Dau béng xay rakhi x=2.

X2 +3

Cau32: (DE MINH HQA GBD&DPT NAM 2017) Tim gia tri nho nhat cia ham sd y = N trén doan
x —_
[2;4].
A. miny=6 B. miny=-2 C. miny=-3 D. min D
YT . [z;qy ' BT R Ty
Loi giai
2
Tap xac dinh: D=R\ {1} Ham s6 y = ad +13 xac dinh va lién tuc trén doan [2;4]
x —_—
2 — —
Ta c6 y’=L3623;y':0<:>x2 -2x-3=0<x=3hodc x=-1 (loai)

(x-1)

Suy ra y(Z):7;y(3):6;y(4):§. Vay nEZi%y:6 tai x=3.

Cau 33: Tim gia tri nho nhat cia ham s6 y=x+ ki trén doan [2;4].
x

. 13 ) 25 . .
A. 1[121141]1y—? B. I[Izllg]ly—z C. r[rzl;arlly—6. D. r[r21;14r]1y——6.
Loi giai
’ A =3
Xét ham s6 y:x+2 trén doan [2;4] ; y’zl—i;y’:0<:> *
X x? x=-3¢(2;4)

Ta co: y(2) zg; y(3)=6; y(4) :%f. Vay r[rzl_iﬁly =6 khi x=3.
Cau34: (SO GD&DPT BA RIA VUNG TAU NAM 2018-2019) Tim gia tri 16n nhit cia ham s&
yzf(x)zx/x—l +4/5—x trén doan [1;5] )
A. rﬁ%xf(x):?n/i B. ragjxf(x):\/i C. rﬁg]xf(x):%/i D. rﬁg]xf(x):Z.
Loi giai
Ap dung bt déng thic Bunyakovsky, ta co:

y:f(x)=\/ﬁ+\/ﬂs\/(12+12)(x—1+5—x)=2«5.
Ji-1_B-x
1 1

D&u bang xay ra khi = x=3e[1;5:|. Vay rﬂa;]x f(x)= 2.

Cau35: Goi m, M lan lugt 1a gid tri nho nhat va gia tri 16n nhat cia ham s6 y=+x-1++7-x . Khi d6
c6 bao nhiéu s8 nguyén dwong nam gitta m va M?
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Al B. 5. C.7. D.O0.
Loi giai

1 1
2x-1 2V7-x
Khi dé y(l)=y(7)=\/g, y(4)=2\/§. Suy ra J6 <k<23—kE k=3,
Vay c6 duy nhat mot s6 nguyén duwong thoa man.

Tap xac dinh D=[1;7]. Ta co: y'= ;Y =0=>x=4.

8

Cau36: (THPT THANG LONG HA NOI NAM 2018-2019 LAN 02) Ham s8 y=x+-2 dat gi4 trj nho
X

nhat trén doan [103;109] tai x bang

A. 10*. B. 10°. C. 10°. D. 10°.
Loi giai

, N 10° ... A 3409 . 10°

Cach 1: Ham s0 y=x+— lién tuc trén [10 ;10 ].Ta cOy=1-—.

x

x2

x=10*e [103;109]

r_ 2 8
y=0=>x"=10" < x=—104e[103;109]
y(10°)=10°+10°, y(10*)=2.10*, y(10°)=10"+10". Vay miny=2.10* khi x =10,

[103 ;109]

8 8
Cach 2: Vi x >0 nén theo bat dang thitc Cosi ta c6 y = x+1— >2, ’x£ =2.10".
X x
AL _n 2 108 4 3 9 A : 4 : 4
Dau "="xayra & x=—<<x=10 EI:lO ;10 ].Vay miny =2.10" khi x=10".
x

[103 ;109]

Cau37: (SO GD&DPT BINH THUAN NAM 2018-2019) Gi4 tri 16n nhat ctia ham s6 y =v—-x* +5x bang

A. 0. B.g. C. 6. D. 2.
Loi giai
(o —2x+5 , 5
TXD: D=[0;5]. Tacé: y'=———; y'=0=2x+5=0 < x=—¢€[0;5].
2 —x* +5x 2
Tacs: y(0)=y(5)=0; yfg}g . Vay maxy=}/(§}=§-

Cau38: (THPT CHUYEN VINH PHUC NAM 2018-2019 LAN 01) Tim gi4 tri nho nh&t caa ham s&
y=sin’x—4sinx-5.
A. 20, B. -8. C. 9. D. 0.
Loi giai
Xét ham sd: y =sin’* x —4sinx -5
Txd: D=R. Dat t=sinx, -1<t<1.Ta co: y(t) =t* —4t -5, ham s lién tuc trén [—1;1]
y’(t)=2t—4, y’(t)zO St=2; y(l) =-8,y(-1)=0. Vay minyzy(l)z—S.
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Cau 39:

Cau 40:

Cau 41:

Cau 42:

(THPT CHUYEN VINH PHUC LAN 02 NAM 2018-2019) Gia tri nhé nhat ctia ham s8

:M trén doan 0;z la
sinx+1 2
A 5. B. 2. C.3. D.g.
Loi giai
o . .. V4 \ . . s 2t+3 .
bat t=sinx. Voi xe O;E thi 0<sinx<1 = 0<t<1.Khido: y= f(t)= 1 , VOl te[O;l].

Co fi(t)=

(tjrll) <0, Vte [0;1] nén ham s6 f(t) nghich bién trén doan [0;1] .
Suy ra min f(t) = f(1) 2, Vay miny =2

[0;1] 2 2 .
(THPT GIA LOC HAI DUONG NAM 2018-2019 LAN 01) Cho ham s&
f (x) =sin’ x-3sinx+2.Goi M va m lan luot la gid tri 16n nhét va nhé nhét caa ham sé da cho.
Khi d6 M +2m la
A. 0. B. 1. C. 4. D. 5.

Loi giai

Pat sinx =t (te[—l; 1]) Ta co f(t) =1 —3t+2.
Xétham 8 f(t)=+-3t+2 véi te[-1;1]; f'(t)=3t-3=0 <t=—-1hodc t=1.
Ta co f(—l) =4, f(l) =0. Suy ra, gid tri 1on nhat va nhé nhat cta ham s6 lan luot la 4 va 0 hay
M=4;m=0.Gidtri M+2m=4+2.0=4.
(GKI THPT NGHIiA HUNG NAM DINH NAM 2018-2019) Cho ham s§
f(x)=cos2x—cosx+1. Gié tri nho nhat ctia ham s& trén R 1a

A. mRinf(x):—%. B. mRinf(x):—i. C. mRinf(x):%. D. mRinf(x):

N

Loi giai
Ham s6 dwoc viét lai f(x) =2cos’ x—cosx. Dat t=cosx.V6imoi xeR suyrate [—1; 1] .
Bai toan trd thanh tim gid tri nho nhat ctia ham s6 g(t) =2t* —t trén [—1;1] .
Lo AN 1 A .. 1) 1 ~ . 1
Taco g (t)=4t—1, g (t)—0<:>t—Z, g(—l)—3, g(l)—l, g(ZJ——g . Vay mRmf(x)——g.
(GKI THPT LUONG THE VINH HA NOI NAM 2018-2019) Gia trj 16n nhat cta ham s6
y=2sin’x—cosx la phan sd t6i gian c6 dang véi a,b la cac s6 nguyén duong. Tim a-b.
A. 8. B. 9. C.7. D. 10.
Loi giai
TXD: D=R. Ta cd: y=2sin’ x —cosx =2(1 - cos” x) —cos x = —2cos” X — oS X + 2
bat: t=cosx, voi -1<t<1

Nhu vy ta di tim gid tri I6n nh&t cia ham s6 y =-2t* -t +2 trén doan[ -1;1]

Ta co: y':—4t—1:0:>t:—ie[—1;1:|; y(—l)zl;y(—i)z%;y(l)z—l
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Vay: Gia tri 16n nhat cua ham s6 la y(—i} = %7 suyraa-b=9
Cau43: (GKI THPT VIET BUC HA NOI NAM 2018-2019) Gid tri nhé nhdt cia ham sd

y=3cos2x—4sinx la

A1l B. -7. C. -5. D.l—;.

Loi giai
Ta co y:3(1—25in2x)—4sinx<:>y=—6sin2x—4sinx+3.Dét t=sinx, -1<t<1.
Khi d6 y=-6t>—4t+3 véi te[-1;1].

1

y'=-12t-4,y' =0t =—% va y(-1)=1y(1)= —7,y(——} _u

3) 3°
Vay gia tri nho nhat cia ham sdla -7 dat dwoc khi sinx=1< x= % +k2rx
Cau44: (MD 102 BGD&DT NAM 2016-2017) Tim gia tri 16n nhat M ctia ham s8 y=x* —2x* +3 trén

doan [O;x/g]

A. M=9. B. M=83. C. M=1. D. M=6.
Loi giai

x=0

Ta c6: y’=4x3—4x:4x(x2—1); y'=0 < 4x(x2—1)=0 o x=1

| x=-1())

Taco: y(0)=3; y(1)=2; y(\/§)=6.
Vay gia tri 1on nhét cia ham s6 y =x* - 2x* + 3 trén doan _O;x/g} la M =y(x/§)=6

Cau45: (MD 104 BGD&DT NAM 2018-2019) Gid tri nho nhat ctia ham s& f(x)=x"-3x trén doan
[—3;3] béng
A. 18. B. -18. C. 2. D. 2.
Loi giai
x=-1e[-3;3]
x=1e[-3;3]

Mit khéc: f(-3)=-18; f(3)=18; f(-1)=2; f(1)=-2. Vay {ngr]xf(x) = f(-3)=-18.

Tacéd: f'(x)=3x>-3. Tact: f'(x)=0<

Cau 46: (MD 104 BGD&DT NAM 2017) Tim gid tri nho nhat mctia ham s6 y=x" + 2 trén doan {%;2} )

x
17
A.m:Z. B. m=10. C.m=5. D. m=3.
Loi giai
3_
Dat y=f(x)=x2+g. Ta c6 y’=2x—%=#, y’=0:>x=16{1;2}
X X X 2
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Cau 47:

Cau 48:

Cau 49:

Cau 50:

Khi 6 f(1)=3, f@ -7 j(2)=5. Vay m= min()=0)-2
(THPT CHUYEN THAI NGUYEN LAN 01 NAM 2018-2019) Goi M va m Ia luot 1a gié tri 16n
nhat va gia tri nho nhat cia ham s6 f (x) —2x—4J6-x trén [—3;6] .Tong M +m cé gia tri la:
A -12. B. 6. C. 18. D. 4.
Loi giai
Ham s0 xac dinh lién tuc trén [—3;6].

Ta co f’(x)=2+

- >0 Vxe (—3;6), ham s dong bién trén (—3;6)
—x

M:E%y:f(@:u; m:fgg}y:f(s):w; M+m=-6.

(CHUYEN BAC NINH NAM 2018-2019 LAN 03) Goi M la gid tri 16n nhat cua ham so
f(x)=4vx* —4x+6 +4x—x* +1. Tinh tich cdc nghiém ctia phuong trinh f(x)=M.

A. 2. B. 4. C. 2. D. 4.

Loi giai
D&t t=+x* —4x + =~/(x—2)2 +2 2\/5.

Khi @6, M =maxf(x)= max g(t), vOoi g(t) =—t* +4t+7 trén [\/E;+oo).

(V)

Ta co: g(t)=—t +4t+7 =11—(if—2)2 <11, ddu dang thiic xay ra khi

=2++2
PN v SPONCRPNP SRR L L C)
x=2—J§
Nhu vay, M = maxf(x) = [?ax>g(t) =1l x=2+42, suy ra nghiém ctia phuong trinh f(x)=M
2 ;40

a x=2++2. Vay tich cdc nghiém cta phwong trinh f(x)=M bang 2.
(MD 103 BGD&DT NAM 2016-2017) Tim gid tri nho nhat m ctia ham s§ y=x* —x* +13 trén

doan [—2;3].
A.ng. B.m:g. C. m=13. D.m:5—1.
4 4 2
Loi gidi
=0 1) 51
Tacd: y'=4x"-2x. y'=0< 1 ;y(0)=13, y(i—jz— ,y(-2)=25, y(3)=85.
x=t— $2) 4
V2
A 51
Vay m==—.
y m==

(SO GD&DT LANG SON NAM 2018-2019) Tim x d& ham s& y=x+V4-x* dat gid tri lon
nhat.

A x=-2. B.x=2\/§. C.x=1. D.xzx/E.
Loi giai
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Cau 51:

Cau 52:

Tap xac dinh Dz[—Z;Z].TaCé: y=1- al =
4—x
x>0
>0
y=0=1- il 2=0<:> 4—x2=x<:>{z , L, x=\/§(n)
— —_ =X
4—x x:—»\/E(l)

Tacod: f(-2)=-2;f(2)= Z;f(\/E) =242. Vay ham so dat gia tri 16n nhat la 242 khi x=+2

(PE THAM KHAO BGD&DT NAM 2016-2017) Tinh gia tri nho nhét ctia ham 6 y=3x+
X

trén khoang (0 ; +oo) )

33
A. miny =33/9. B. miny=7. C. miny=—. D. miny =23/9.
(0;+90) y (0;+e0) y (O;J}oo) Y 5 (0;+00) Y
Loi giai

4 3 3x 4 3x 3x 4
Cach 1: =3x+—=—+—+—233—.—.—=33/§
Y XX 2 x* 2 2 x?

2
D4u "=" xay ra khi 3—x:i®x:§/§. Vay miny =339
2 X 3 (030

Cach 2: Xétham s6 y=3x+ iz trén khoang (0; +oo)
x

Ta c6 y:3x+;izz>y':3—x%. Cho y‘=0c>;i3=3<:>x3=§<:>x=§/§
8

3= +a0
X 0 3

¥ - 0 +

y \ /
33
=miny=y i/g :3§/§.
(03+0) 3

Lwu y: Cdc em néu cd sie dung MTCT thi bdm cdn thin nhé!
(SO GD&DT NINH BINH NAM 2018-2019 LAN 02) Goi M, m lan luot la gia tri 16n nhat, gia

tri nho nhét cia ham s6 f (x) =x—+/x trén doan [0 ;3:| . Gia tri cua biéu thtcc M +2m gan véi sd

nao nhat trong cac sd dudi day?
A. 1,768. B. 0,767 . C. 1,767 . D. 0,768 .
Loi giai

AN BRSO IO B
Tacof(x)—l 2\/;,f(x)—0<:>l 2\/;—0<:>x—4 (0,3).

f(o)zo,f{%j:_i,f(3):3_@_
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Cau 53:

Cau 54:

Cau 55:

Cau 56:

-1 5-243
2

Suy ra, M=3-+/3, m=—-=M+2m= ~0,7679491924...

(THPT SON TAY HA NOI NAM 2018-2019 LAN 02) Gia tri nhé nhat ctia ham s&
f(x)=(x+1)(x+2)(x+3)(x+4)+2019 la

A. 2017. B. 2020. C. 2018. D. 2019.
Loi giai

Tap xac dinh: D=R.

Bién d6i: f(x)=(x+1)(x+2)(x+3)(x+4)+2019=(x* +5x+4 )(x* +5x+6)+2019.

2
Dat t=x° +5x+4:t:[x+§J —% =t 2—% VxeR.

Ham s8 da cho tro thanh f(t)=>+2t+2019=(¢+1)’ +2018 22018 V¢ 2—%

Vay gia tri nhé nhat ctia ham s8 da cho bang 2018 tai t=—1e|:—%;+oo].

(SO GD&DT QUANG NINH NAM 2018-2019 LAN 01) Tong gid tri lon nhat M va gid tri nho
nhdt m ctia ham s6 f(x)=(x—6)«/m trén doan [0;3] c6 dang a—byc v6i a 1a s8 nguyén
va b,c la cac sd nguyén duong. Tinh S=a+b+c.
A 4. B. 2. C. 2. D. 5.
Loi giai

Ham s6 f(x) = (x - 6)\/m xac dinh va lién tuc trén doan [0;3] .

. 3 x x> +4+(x—6)x 2x* —6x+4 x=1€|0;3
f(x)=m+(x—6).\/m= \/xz(j ) - \/m ,f(x)=0<:> x=2e%0;3%
£(0)=-12; (3)=-3v13; f(1)=—55; f(2) =82

Suy ra r[r(};a%;y:M:—?)\/E va I[I(};ISIjly=m=—12

M+m=-12-313=a-bJc v6i a 1a s8 nguyén va b,c la cic s8 nguyén dwong nén
a=-12;b=3;c=13.Dod6 S=a+b+c=4.
(SO GD&DT PHU THO NAM 2018-2019 LAN 02) Cho ham s8 f(x) c6 dao ham

f’(x) = —x(x - 2)2 (x - 3) ,Vx eR. Gia tri I16n nhat ctia ham so6 da cho trén doan [0;4] bang

A. £(0). B. £(2). C. f(3). D. f(4).
Loi giai
x=0
Ta co f’(x)z—x(x—Z)z(x—3)=O<:> x=2.
x=3

Bang bién thién cia ham s6 y = f(x) trén doan [0;4]
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ey —— (3]
flx) .flil/ il \‘_fl'u
T bang bién thién ta thdy gié tri 16n nhét cia ham s§ f(x) trén doan [0;4] 1a £(3).
Ciu57: (THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) Cho ham s8 y = (x) xéc dinh
va lién tyc trén R, d6 thi ctia ham s8 y = f'(x) nhu hinh vé sau:
'l
!

A
S L
N

Gia tri 1on nhét ctia ham s6 y = f(x) trén doan [-1;2] la

A. f(1). B. f(-1). C. f(2). D. £(0).
Loi giai
x=-1
f’(x)=0<:> x=1.
x=2

Ti d6 thi ham y = f'(x) ta c6 bang bién thién

X |—wo -1 1 2 +
V' - 0 + 0 - 0 +
+ ‘ f(1) +0

|
o N
Twr d6 suy ra gia tri 1on nhat ctia ham s6 trén [-1,2] 1a f£(1).

Cau58: (THPT YEN MO A-NINH BINH NAM 2018-2019 LAN 01) Cho ham s8 y = f(x) lién tuc trén
{0} %} 6 d6 thi ham s8 y = f'(x) nhu hinh vé sau:

ua

= fx)
3

f
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\ ~ .7 . 2 A, A 7 . .« A7 \ r. A
Ham s6 y = f(x) dat gia tri nho nhét trén {O;E} tai diém x, nao dudi day?

A. x =0. B. x =

0 0

N | N3

C. x,=3. D. x,=1.

(=}

Loi giai
Xét ham sd y =f(x) trén doan {O; g} . Dua vao d6 thi ta cé f’(x) 0|
Bang bién thién:
oy’ N - l; — 0 |

£(0)
y EEESE

T

J(3)
Nhin bang bién thién ta thay ham s6 y = f(x) dat gia tri nho nhét trén {0; %} tai diém x, =3.
Cau59: (THPT THIEU HOA - THANH HOA NAM 2018-2019 LAN 01) Cho ham s8 f(x) ¢6 dao ham
la f'(x). Do thi caa ham s8 y=f'(x) dwoc cho nhu hinh vé bén. Biét ring
£(0)+£(1)-2f(3)=f(5)- f(4). Tim gia tri nho nhat m va gia tri 16n nhadt M cua f(x) trén

doan [0;5].
A y
0 /\3 5 y X
N
A. m=f(5),M=f(3). B. m=f(5),M=f(1).
C. m=f(0),M=f(3). D. m=f(1),M= f(3).

Loi giai
Tt d6 thi ta c6 bang bién thién cua f (x) trén doan [0;5]

X 0

fiix) o+ 0

f(x) /' ' e

=M= f(3) va f(1)<f(3),f(4)<f("3‘)m |
F(5)=£(0)=f(1)-f(3)+ f(4)-f(3)<0= f(5)< f(0) = m=£(5).
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Cau60: (THPT LY NHAN TONG LAN 1 NAM 2018-2019) Cho ham s8 c6 f(x) ¢ dao ham 1a ham
f'(x). Do thi ham s8 f'(x) nhw hinh vé bén. Biét rang f(0)+ f(1)-2f(2)=f(4)- f(3). Tim
gia tri nho nhat mva gia tri 1én nhat M caa f (x) trén doan [0;4] .

A y
2 4 S
0
A.m=f(4),M=f(2). B. m=f(1),M=f(2).
C.m=f(4),M=f(1). D. m=f(0),M=f(2).
Loi giai

Duwa vao d6 thi cia ham f (x) ta c6 bang bién thién:

| 0 2 '}

flx) + 0

£(0) fl4)

Vay gia trj 16n nhat M = f(2).

Ham s6 dong bién trén khoang (0;2)nén f(2)> f(1)= f(2)- f(1)>0.

Ham s6 nghich bién trén khoang (2 4) nén f(2) f( ) ( )— f(3) >0.
)

Theo gia thuyét: f( ) f( )— f( ) ( ) (
< f(0)-f(4)=f(2)-f(1)+ f(2)- f(3)>0= £(0) > f(4). Vay gia tri nho nhat m = f(4).

Cau 61: (THPT NINH BINH BAC LIEU NAM 2018-2019 LAN 04) Cho ham s8 f(x) c6 d6 thi cia ham
s6 f'(x) nhw hinh vé. Biét £(0)+ f(1)-2f(2)=f(4)- f(3). Gia tri nho nhat m, gia tri 1on nhat
M ctia ham s f(x) trén doan [0;4] 1a

Y
Y

f'(z)

Sl

A . m=f(4), M=f(1). B. m=f(4), M=f(2).

Il

o

@

SR
)
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Cau 62:

Cau 63:

C.m=f(1), M=f(2). D. m=f£(0), M=£(2).
Loi giai
Ttr d6 thi cia ham s6 f ’(x) trén doan [0;4] ta c6 bang bién thién cua ham s6 trén doan [0;4]
nhu sau:
X 0 2 4
x)| o ¥ 0 =
R oy
flx) P TR
(o) S(4)

T bang bién thién ta c6 M = ax f(x)=£(2).

Mit khéac f(0)+ f(1)-2£(2)=f(4)-f(3)

< £(0)-£(4)=[£(2)- F]+[£(2)- £(3)]>0 (do £(2)> F(1): £(2)> £(3))

Suy ra f(0)>f(4) :>m:1[r01.i4r]1f(x):f(4).

(CHUYEN LE HONG PHONG NAM DINH LAN 1 NAM 2018-2019) Cho ham s8 y = f(x) c6
bang bién thién nhu hinh dwdéi day. Tim gia tri 16n nhdt cta ham sO

g(x)=f(4x—x2)+%x3—3x2+8x+% trén doan [1;3].

x —o 0 4 40
J{’(x] — 0 iy 0 —
—+o0
f(x) \ 5
_3 / \ B
A, 15. B, 2 c D.12.
3 3

Loi giai
g’(x):(4—2x)f'(4x—x2)+x2—6x+8=(2—x)[2f’(4x—x2)+4—x].
Voi xe[1;3] thi 4-x>0; 3<4x-x*<4 nén f’(4x—x2)>0.
Suy ra 2f'(4x—x")+4-x>0, Vxe[1;3].

Bang bién thién:
X 1 2 3

g ' 0

8 8(2)—_
\»_
/ S
=~y
(1) - gl3)

Suy ra rﬁr}g]xg(x) =g(2) = f(4)+7=12.
(THPT KINH MON HAI DUONG NAM 2018-2019 LAN 03) Cho ham s8 y= f(x) c6 dao

ham f'(x).Ham s8 y = f'(x) lién tuc trén tap s6 thyc va c6 bang bién thién nhuw sau:
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Cau 64:

v - '—,
i
f(2

Biét rang f = ?0 =6. Gia tri nhé nhat cua ham s& g( ) f° (x) - 3f(x) trén doan
[—1-2] bang
AL B. 520 c 2 D. 198
3 o -5 . .
Loi giai

Xétham s8 g(x)=f*(x)-3f(x) trén doan [-1;2]

L] ), w0 10 )

N n A , x=—1e[—1;2]
Ttr bang bién thién, ta co: (1) =
x=2 e[-1;2]
Va f’(x) >0, Vxe [—1;2] nén f(x) dong bién trén [—1;2] = f(x) > f(—l) = %

= f(x)>1= f*(x)>1, Vxe[-1;2] nén (2) vo nghiém.
Do d¢, g'(x)=0 chic6 2 nghiémla x=-1 va x=2.

Tacs g(-1)= £ (~1)=3(-1) = [fj 3[%:%; ¢(2)= £ (2)-3£(2) =(6)’ ~3(6) =198

A . 730
Vay Elﬁg(x) = g(—l) =

DANG TOAN 2: MAX MIN HAM NHIEU BIEN

(THPT CHUYEN BAC GIANG NAM 2018-2019 LAN 01) Cho x* —xy +y° =2. Gi4 tri nho nhat

cia P=x*+xy +y* bang

a2 B. 1. c. L. D. 2.
3 6 2
Loi giai

Xetlz) x*+xy+y° x +xy+y’

2 x* —xy +y°
+Néu y=0 thi x*=2.Dod6 P=x*=2 suy ra minP=2

x) ()
SRRl ik
+Néu y =0 ta chia tt mau cho y’ taduoce; ==X WY _ y) \Y

2 xz—xy+y2 (xJ [sz
1-|—|+| =
Y Yy
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Cau 65:

Cau 66:

gL 22 t=1
—1_t+t2:f(t)—(1_t+t2)2,f(t)_0c>L:_1

2 2
Dat t=2, khidé L =1HIHE xap f(r)= LELEE
y 2 1-t+t

Bang bién thién

1 1 Tk

Khi do mingzé do @5 minP =

wIlN

(THPT MINH CHAU HUNG YEN NAM 2018 - 2019)Cho hai s thuc x,y thay ddi théa man
diéu kiénx*+y*=2. Goi M,m lan luot 1a gid tri 16n nhdt va nho nhat cuaa biéu
thitc P =2(x* + y*) - 3xy . Gid tri cia M +n béng;

A. 4. B. —%. C. -6. D. 1-44/2.

Loi giai
Tacé P=2(x"+y’)-3xy =2[(x+y)3 —3xy(X+y)]‘3Xy

(x+y)
2

Tux’+y* =2=(x+y)’ —2xy=2=2xy = -1, ddt x+y=t vathay vao P ta duoc

2 2
P=2|t -3t t——l -3 t——l =—t3—§t2+6t+3
2 2 2

Gty (x+y)
2 2

Mat khéc 2=(x+y)* —2xy > (x+y)° =(x+y)*-4<0

2<x+y<2=te[-2;2]

Khao sét ham s6 P =~ ~ 21> + 6t +3 trén te [-2;2] ta dwoc m=minP =-7; M =max P B
2 [-2:2] [-2:2] 2

Vay M+m= —%.
(SO GD&PT NAM BDINH 2018-2019) Cho x,yeR théa man x+y=-1 va

x*+y*+xy=x+y+1. Goi M, m lan lugt la gia tri 16n nhat va gia tri nho nhéat ctia biéu thiic

S - Tinh M+ m.

x+y+
AL B.-2. c i D. -1,
3 3 2 3
Loi giai
Ciach 1: Véi diéu kién x+y=-1L,x* +y* +xy=x+y+1 tacod Pz#.
x* +y? +xy
#-1
Néu y=0 thi | o155 hias poo,
x*—x-1=0 2
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x
Néu y#0 thi P=—— Dt t=%.Tacs P=———, teR
x x y t"+t+1
+—+1
y y
. t -2 +1
Xét f(t)= ,teR. fl(t)=——; f'(t)=0=t=%1
z o -1 1 +e0
£(7) - 0 + 0 -
. 1
0 i
f(2) N 3 .
-1 0
Tt bang bién thién:
x=y
X x=y=1
—=1 x= _ Yy
letai v = 2y = x=1 = 1.
3 2, 2 3x"-2x-1=0 1 X=y=—=
X +y +xy=x+y+1 xz—g 3
3 x=1
m=-1tai <y <9, <qlx=1 <
. x*-1=0 {x:—l
X +y +xy=x+y+1 x=-1
y=1
A 2
Vay M+m=-—.
3
Cach 2: VGi diéu kién x+y=-1L,x* +y* +xy=x+y+1 tacod Pz#.
X +y +xy

= Px* +xy(P-1)+Py* =0 (¥
+) NéuP =0 thi x=0 hodc y=0.

#) Néu P 0 thi {“0.
y#0
D¢ phuong trinh (*) ¢c6 nghiém x thi A =-y° (P+1)(3P—1)2 0=-1<P s% .
x=y
—y(P-1 —y=1
. 1 . x:;ﬂ__l:y x=y x=1 X=y
Ta co: M == tai 2P 3., = = 1.
3 2 2 3x°—2x-1=0 1 X=Yy=——
X +y +xy=x+y+1 x:_g 3
x=1
-y(P-1 x=-y
m=-1 tai op <9, 1—0© x=1 <
Py tay=x+y+l O x=-1 {x_—
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Do do M :%;m:—l. Vay M+m=—§.

Cau 67: (SO GD&DT PIEN BIEN NAM 2018-2019) Cho x,y théa man 5x* +6xy +5y* =16 va ham s8
bacba y=f (x) c6 d6 thi nhu hinh vé. Goi M,m Ian luot 1a gia tri 16n nhat va nho nhat cta

2 2
Pof| XY =2 | Tinh M +m?
X" -y —-2xy+4

g — — —

A. M? +m* =4. B. M*>+m® =1. C. M*> +m?=25. D. M* +m*=2.
Loi giai
x*+y’ -2 .
bit t=— = P=f(t). Vi 52" +6xy +5y° =16

x* —y? —2xy+4
1
S Gt e I e s )

- 2 2 - 2 )
x2—y2—2xy+i(5x2+6xy+5y2) 1827 +2y" 4y 2(x—y) +162°

nén t=

Do d6 0sts§:>P=f(t) véi te| 02|,
2 2

g — — —
=)
=

Dua vao do thi, ta cd MzAgngP:f(O):O; mzA:Iganf(l)z—z. Suy ra M? +m* =4.
2 2
Cau 68: (CHUYEN LAM SON THANH HOA LAN 2 NAM 2018-2019) Cho céc s6 thuc x,y thay ddi
nhung luén thoa man 3x* —2xy—y* =5. Gid tri nhé nhat cta biéu thie P=x*+xy +2y° thudc
khoang nao sau day?
A (47). B. (-2,1). C. (L;4). D. (7;10).
Loi giai
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Xét y:O:>P:§ loai phwong 4n A va D.

2 2 2 2
Xét y=0=P=|x+2| +7L 50 khi d6 ta c6 bicu thic > =% ~ZV Y
2 4 P x"+xy+2y

2
3("} 2% 1
y) Y

2
[xj +Y42
y Yy

. 2 4 N x 2 A 2. A 5
Chia ca t&r va mau cta v€ phai cho y* ta duwoc —=

t=-3
x 5 3t°-2t-1 5t* +14t -3
Dat ==t(teR)=>—=——"—"=f(t)= f'(t)=————, f'(t)=0=
Ty (tek) P +t+2 )= 11() (£ +t+2) (1) t:%
Bang bién thién ham s& f(t).
! —0 -3 ! +0
5
£ 0 - Q +
4 3
fie)
3 4
-

Tl bang bién thién ta c6 f(t)§4<:>%§4<:>P22.

Vay P dat gia tri nho nhat bang 2, d4u bang xay rakhi t=-3 < x=-3y.

Cau 69: (THPT CHUYEN BAC GIANG NAM 2018-2019 LAN 01) Cho x, y la cac s6 thyc thdéa man
x+y=\/le +y2y+2. Goi M, m lan luwot la gid tri lon nhadt va nho nhdt cua
P=x"+y*+2(x+1)(y+ 1)+ 8\/4— x— y. Tinh gia trj M +m
A. 42. B. 41. C. 43. D. 44.

Loi giai
(x+y)2 :(\/leJr\/E\/y?)z S3(x+y)<:>0£x+ys3
P=x2+y2+2(x+1)(y+1)+8@=(x+y)2+2(x+y)+2+8m
it t=fa—(x+y)te[12]. Tacs: f(t)=(4-1) +2(4—F)+2+8t =1 ~101 + 8 +26.
t=2e[1,2]
e|t=-1+2 g[1,2]; f(1)=25f(2)=18.
t=-1-2 g[1;2]

Suy ra mzr[nll_izr]lf(t):f(Z):l&M=1E}g]xf(t)=f(1)=25 .Vay M+m=43.

t=2

, _ 443 . £ =
f'(t)=4t>-20t+8; f'(t) O®[t2+2t—1=0

DANG TOAN 3: BAI TOAN THUC TE - TOI UU
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Cau70: (DE THU NGHIEM BGD&DT NAM 2016-2017) Mot vat chuyén dong theo quy luét
5= —%ts +9t* véi ¢ (gidy) la khoang thoi gian tinh tir ltc bat dau chuyén dong va s (mét) la
quang duwong vat di duoc trong khoang thoi gian dé. Hoéi trong khoang thoi gian 10 gidy, ké
tir lac bt dau chuyén dong, van tdc 16n nhat cua vat dat duoc b:?mg bao nhiéu?

A. 216 (m/s). B. 30 (m/s). C. 400 (m/s). D. 54 (m/s).
Loi giai
Van tdc tai thoi diém ¢ 1a v(t) =s'(t) = —%tz +18t v&i te[0;10].
Tacod: v'(t)=-3t+18=0<1t=6.
Suy ra: U(O) = 0;0(10) = 30;0(6) =54 . Vay van toc 16n nhat cua vat dat duoc béng 54 (m/s)

Cau71: (DE MINH HOA GBD&DT NAM 2017) Cho mét tim nhom hinh vuodng canh 12 cm. Nguwoi
ta cat & bon géc ctia tém nhém d6 bén hinh vuong bang nhau, mbi hinh vuéng cé canh bang x
(cm), 16i gap tdém nhdm lai nhu hinh vé duéi day d&€ dugc mot cai hop khong nap. Tim x d&
hop nhan duoc co thé tich 16n nhat.

A. x=6. B. x=3. C. x=2. D. x=4.
Loi giai
Ta cb: h=x (cm),x >0 la dwong cao hinh hop.
Vi tdm nhom dwoc gép lai tao thanh hinh hdp nén canh day ctia hinh hop la: 12-2x (cm)
x>0 {x >0

= <:>xe(0;6)
12-2x>0

Thé tich ctia hinh hop la: V =Sh=x.(12-2x) . Xét ham s8: y=x.(12-2x)" Vxe(0;6)

Vay dién tich ddy hinh hop S =(12-2x) (cm?). Ta cé: { )
X <

Taco: y'=(12-2x) —4x(12-2x)=(12-2x)(12-6x) ;
y'=0<(12-2x).(12-6x) =0 < x=2 hodc x:6(loai)

Suy ra v6i x =2 thi thé tich hop 1a 16n nhat va gié tri Ion nhat do la y(2)=128

Cau72: (MP 101 BGD&DT NAM 2017-2018) Ong A dy dinh dung hét 6,5m” kmh dé lam mot bé ca
c6 dang hinh hdp chit nhat khong nap, chiéu dai gdp d6i chiéu rong (cdc mai ghép c6 khong
dang ké). B& ca c6 dung tich 16n nhat bang bao nhiéu (két qua lam tron dén hang phan tram).
A. 2,26 m’. B. 1,61m’. C. 1,33m’. D. 1,50 m°.
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Loi giai

e
I
t
I
I
|

/)_______

7
7

Gia st hinh hop chit nhat ¢6 kich thude nhu hinh vé. Ta ¢6 dung tich ctia bé ca: V =abc

6,5-2b*
. , |ab+2bc+2ac=6,5 2 - _990—20
Mat khac theo gia thiét ta c6: Ao T 2oe fac =S 26" +6bc=6,5 ¢ 6b
a=2b a=2b
a=2b
912 9,3 _ 93

BBT:

b 19
[
'(h) + 0

/(%) 0 7 /|J:-; -
N e s 39 ;
Vay bé ca c6 dung tichlénnhatla: f e =1,50m".

Cau73: (SO GD&DPT NINH BINH NAM 2018-2019 LAN 02) Bac Binh c6 mot tim thép mong hinh
tron, tAm O, ban kinh 4dm . B4c dinh cit ra mét hinh quat tron tdm O, quan ro6i han ghép hai
mép ctia hinh quat tron lai d€ tao thanh mot d6 vat dang mat nén tron xoay (tham khao hinh
v&). Dung tich 1én nhat cé thé cia d6 vat ma bac Binh tao ra bang bao nhiéu? (bo qua phan
moi han va d6 day cua tam thép).

128743 . 4 128743
dm’. B.
7 81

A.

. lemB D, 8473,
27 27

Loi giai

Bg
|
'
|
|
|
'n
!
|
|
|
1
!

A
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Khi han hai mép ctia hinh quat tron, 6 dai duong sinh ctia hinh nén bang ban kinh ctia hinh
quat tron, ticla AB=4.

Thé tich ctia hinh nén: V:%;z.r%h:%;z.(16—h2).h véi (0<h<4).

Dua vao bang bién thién, suy ra thé tich 16n nhat cua hinh nén la

Cau 74:

Cau 75:

Cau 76:

V’(h)z%;r(16—3h2)=0<:>h=— :

43

3

128743

27
(SO GD&DT BA RIA VUNG TAU NAM 2018-2019) Mot chat diém chuyén dong theo

phuong trinh S=—t>+9¢* +21¢t+9 trong d6 ¢ tinh bang giy (s) va S tinh bang mét (m) . Tinh

dm?.

thoi diém t(s) ma tai d6 van toc ctia chuyén dong dat gia tri I6n nhat.
A. t=4(s). B. t=5(s). C. t=3(s). D. t=7(s).

Loi giai
Ta cod: S'=V =-3t* +18t +21=-3(t - 3)* +48 <48 = maxV =48 khi t=3.
Van t6c chuyén dong dat gia tri 16n nhat khi ¢ = 3(s).
(SO GD&DT BA RIA VONG TAU NAM 2018-2019) Mt cong ty bat dong san c6 40 can ho
cho thué. Biét rang néu cho thué mdi can ho véi gia 3.000.000 dong mot thang thi moi can ho
déu cé nguoi thué va ct ting thém gia cho thué moi can hd 100.000 dong mot thang (theo qui
dinh trong hop dong) thi sé c6 mot can ho bi bo trong. Hoi mudn ¢ thu nhdp cao nhat thi
cong ty d6 phai cho thué mdi can ho véi gia bao nhiéu mot thang?
A. 3700.000d6ng.  B. 3500.000 dong.  C. 3.900.000 dong.  D. 4.000.000 dong.

Loi giai
Theo bai ctt tang thém 100.000 dong trén mot can thi c6 1 céan trong.

Do d6 néu tang x dong trén mot can thi co

can trong.

SO tién thu nhap mot thang khi cho thué cén ho la
2

(3000.000 + x)(40 - —> _)=—*
100.000"  100.000

Do f(x) la mot ham bac hai véi hé s6s6 a<0 nén f(x) dat gia tri I6n nhat khi x = 500.000 d.
Vay khi do gia thué mdi cin 1a 3.500.000 dong.

(SO GD QUANG NAM 2019) Cho ntra duong tron duong kinh AB va hai diém C,D thay
doi trén nira duong tron d6 sao cho ABCD 1a hinh thang. Dién tich 16n nhat ctia hinh thang

ABCD béng
Al g, 33 1 p. 33

2 4 2
Loi giai

+10x +120.000.000 = £(x)
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Cau 77:

Goi H la trung diém ctia CD. Dgt OH=x (0<x<1).Tacd CD=2CH=2y1-x*.

AB+CD).OH
Dién tich hinh thang ABCD la: S= Q =x> +xV1-x°.

2

Xétham s6 f(x)=x+xV1-x*, véi xe(0;1).
) _ 1—2362. ' . 2 92 _ﬁ
Tacof(x)_1+—m,f(x)—0<:> 1-x" =2x" -1 x= 5

Bang bién thién:

I"l"-_‘-r-l

_II.I‘-T} i L]
E=f(x) h ENE] )

Vay dién tich 16n nhat ctia hinh thang ABCD la

33

kd N ~ 4 .
(SO GD&DT CA MAU NAM 2018-2019) Nguoi ta mudn xay mot cai bé hinh hop ding co thé
tich V = 18(m3 ) , biét day b€ 1a hinh ch@ nhat cé chiéu dai gap 3 lan chiéu rong va bé khong cd

nap. Héi can xay bé c6 chiéu cao  bang bao nhiéu mét &€ nguyén vat liéu xay dung la it nhat
(biét nguyén vat liéu xay dung cac mat 1a nhuw nhau)?

A. 2(m). B. 2(m). C.1(m).

Loi giai

Goi x (x>0) la chiéu rong hinh chit nhat ddy bé, suy ra chiéu dai hinh chit nhat ddy bé'la 3x.

V=hx3x=h3x"=18 (x>0) :h:l_i:%,

3x° x
Goi P la dién tich xung quanh cdng véi dién tich mét ddy bé cua hinh hop chir nhat.
Nguyén vat liéu it nhat khi P nho nhat.

P=2hx+2h3x+3x*= 2.%.x+2.%.3x+3x2 =§+3x2.

X X X
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—48

> +6x=0=x=2.
X

Dt f(x)=2243x, (x>0). Taco f(x)="2+6x, f(x)=0e

x2

Bang bién thién:

x 0 2 +0
flx) - 0 +
f[._l’_-] \ /
36
Suy ra vat liéu it nhat khi h = % = Z = E(m) )
X

2
Cau78: (CUM 15O GD&DT BAC LIEU NAM 2018-2019 LAN 01) Nguoi ta muén xdy mot bé chita
nude dang hinh hop chit nhat khdng nép cé thé tich 200m3. D4y bé 1a hinh chit nhat ¢6 chiéu
dai gdp doi chiéu rong. Gia thué nhan cong xay bé 1a 300.000 dong/m2. Chi phi thué cong nhan
thap nhat la
A. 51 triéu dong . B. 75 triéu dong. C. 46 triéu dong. D. 36 triéu dong.
Loigiai
Goi chiéu rong, chiéu dai cua day lan luot la x va 2x, chiéu caola'y
Dién tich cac mat bén va mat day la S =6xy +2x*
Thé tich 13 V = 2xy =200 = xy =20, 5= 600 5,2 300 300 52y 3‘3/@.@238 =303/180
x X x X x X
Vay chi phi thdp nhat 1a T =303/180.300000d = 51 triéu

DANG TOAN 4: PHUONG TRINH - BAT PHUONG TRiNH

Cau79: (SO GD&DT HA NOI NAM 2018-2019) Cho ham s8 y = f(x) cé bang bién thién

r| - 1 3 o

' 4 0l ] +

| N

Tim tat ca cac gia tri cua m d€ bat phuwong trinh f (\/x +1+ 1) <m c6 nghiém?

A. . m=>—4. B. m>1. Cm=2. D. m>-5.
Loi giai
Dat t=Vx+1+1=+>1.Khi d6 BPT f(x+1+1)<m tré thanh f(t)<m (1)
Khi d BPT f(Vx+1+1)<m cénghiém khi va chi khi BPT f(t)<m (1) cé nghiém
t>1 <:>m2rrtx>ilnf(t)c>m2—4.
Cau 80: (MD 101 BGD&DT NAM 2018-2019) Cho ham 8 f(x), ham s8 y = f'(x) lién tuc trén R va c6
db thi nhu hinh vé bén.
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Cau 81:

w

[N
"/

B4t phuong trinh f(x)<x+m (m la tham s& thuc) nghiém dung v6i moi x €(0;2) khi va chi

khi
A m=f(2)-2. B. m> £(0). C.m>f(2)-2. D. m> f(0).

Loi giai
Ta cé f(x)<x+m,Vxe(0;2)<:> m>f(x)—x,Vxe(O;2) (*)
Dua vao do thi ctia ham s8 y = f'(x) ta cd v6i x€(0;2) thi f'(x)<1.
Xét ham s8 g(x)=f(x)-x trén khoang (0;2); g'(x)= f'(x)-1<0,vx(0;2).
Suy ra ham s§ g(x) nghich bién trén khoang (0;2). Do d6 (*) < m=g(0)=£(0).
(MP 102 BGD&DT NAM 2018-2019) Cho ham s f(x), ham s& y = f'(x) lién tuc trén R va

c6 d6 thi nhu hinh vé sau:

VAl &)

V=

uh

-
/o S

B4t phuong trinh f(x)>x+m (m la tham s& thuc) nghiém dung véi moi x €(0;2) khi va chi
khi
A.me(Z)—Z. B.m<f(2)—2. C.msf(O). D.m<f(0).
Loi giai
B4t phuong trinh f(x)>x+m nghiém dung véi moi x €(0;2)

< m< f(x)-x nghiém ding véi moi x€(0;2) (1)
Xét ham s8 g(x)=f(x)-x trén khoang (0;2), c6 g'(x)=f'(x)-1<0, Vxe(0;2)
Bang bién thién:
roa 2
gz -

(0}
glx) \
gl2)

Vay (1) @ m=<g(2) < m< f(2)-2.
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Cau82: (THPT NGO SI LIEN BAC GIANG NAM 2018-2019 LAN 04) Cho ham s8 y = f(x) va ham s8
y= g(x) c6 dao ham xac dinh trén R va c6 d6 thi nhw hinh vé dudi day:

YA

X

]

- 0 2 30
Cd bao nhiéu gia tri nguyén cua tham s m d€ phuwong trinh %x; =m cénghiém thudc
g(x
[—2; 3] ?
A. 4. B. 5. C.7. D.6.
Loi giai
Xét ham so h(x) = M . Dua vao d0 thi, ta thay cac ham s6 f(x) va g(x) lién tuc va nhan gia

8(x)

tri dwong trén [—2 ;3:| ,do do h(x) lién tuc va nhan gia tri dwong trén [—2 ;3] .

Ngoai ra voi xe[-2;3], dé thdy f(x)<6, g(x)>1 nén h(x)=%£6, ma h(0)=%=
8lx 8

nén maxh(x)=6 (1).

[-2:3]
Lai c6 h(x) >0 vOimoi x e [—2;3] va h(—2) =1 nén 0< E}lg}h(x) <1 (2).
Phuong trinh % =m co nghiém trén [—2 ;3] khi va chi khi fglﬂh(x) <m< {{12:?13>]<h(x) 3).
Twr (1), (2) va (3), kéthop véi meZ, tacd me{1;2;3;4;5;6}. Chon D.
Cau83: (MD 103 BGD&DT NAM 2018-2019) Cho ham s8 f(x), ham s§ y=f'(x) lién tuc trén R va
c6 d6 thi nhu hinh vé bén.

=

B4t phuong trinh f(x)<2x+m (m la tham s thyrc) nghiém ding v6i moi x €(0;2) khi va chi
khi
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Cau 84:

Cau 85:

A. m> £(0). B. m> f(2)-4. C.m=£(0). D. m>f(2)-4
Loi giai
Taco f(x)<2x+mem> f(x)-2x (*). Xétham s§ g(x)=f(x)-2x trén (0;2).
Ta co g'(x)=f'(x)-2<0 Vxe(0;2) nén ham s8 g(x) nghich bién trén (0;2).
Do d6 m> f(x)-2x nghiém dung véi moi x €(0;2) khi m>g(0)=£(0).
(SO GD&DT PIEN BIEN NAM 2018-2019) Cho ham s8 y = f(x). Ham s8 y = f'(x) <6 bang

bién thién nhw sau:
| —o0 -2 1 +00
+00 0
) —o

B4t phuong trinh f(x)<x’+m ding véimoi x e(-1;1) khi va chi khi
A m> f(x)+1. B. m> f(-1)-1. C.m=>f(-1)+1. D. m> f(1)-1
Loi giai
f(x)<x’+mem> fx)-x° (1) . Xét g(x)=f(x)-x".
g’(x) = f'(x) -3x*<0,Vxe (—1;1) vi {{3(;):0][, éi)e (O_rz'f)e( 1,1)
= Ham s6 y = g(x) nghich bién trén (-1;1) = g(1) < g(x) < g(-1), vxe(-1;1).
(1) ding véi moi xe(-1;1) < m=g(-1)=f(-1)+1.
(SO GD&DPT NAM DINH 2018-2019) S8 cac gid tri nguyén ctia tham s§ m thudc doan
[2019;2019] d€ phuong trinh x* +(m+2)x +4 =(m—1)yx’ +4x c6 nghiém la
A. 2011. B. 2012. C. 2013. D. 2014.
Loi giai

Piéu kién: ¥’ +4x>0< x>0.
*) Nhan thdy x =0 khong la nghiém ctia phuong trinh.
*) V6i x>0 chia ca hai v€ ctia phuong trinh cho +/x° +4x ta dugc:

“4+(m+z)/ L _m-1. (1)
ba tt—«/x \/ 21/ —2 Vay t22 voi Vx>0.

t +t+2 4
osm=t+2+——(t>2 2).
— (22 (2)

Phuong trinh (1) tro thanh: # (m 1)t+m+2 Oem

N ~ 4 .
Xét ham so6 f(t)=t+2+t_—1 trén [2;+oo).

4  £-2t-3 t=3€[2;+)

CETRNTET R P

F)-1-
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Cau 86:

Cau 87:

Bang bién thién ctia ham s& f(t):

t 2

Fit) - o

fle) | _—

Phwong trinh da cho céd nghiém khi va chi khi phwong trinh (2) cénghiém te [2; +oo) .
T bang bién thién ta thdy m>7 . Kéthop meZ va me [—2019; 2019] suy ra c6 2013 gia tri m.
(THPT CHUYEN VINH PHI’JC LAN 02 NAM 2018-2019) Tim tt ca c4c gia tri tham s& m dé

bat phuong trinh 6x + 1/ 2+ x < x* +m—1 nghiém diung véi moi x e [—2 8]

A. m=>16. B.m215. C. m=8. D. 2<m<16.
Loi giai

Xét bat phuong trinh: 6x+«/ 2+x <x +m—1 (1 diéu kién xe[—2 8]

3-x ,1'=0x=3

Dat t=(2+x)(8-x), xe[-28] Taco: '= (2+x)(8-x)

Bang bién thién:

i 0’///’*5\‘0

Suy ra te[0;5]. Khi d6 (1) tro thanh: £ +¢-15<m (2). Xét ham s§ f(t)=#*+¢-15,
B4t phuong trinh (1) nghiém ding véi moi x e [—2;8] khi va chi khi (2) nghiém dung véi moi

te[O 5] <> max f( )<m<:>m215.
[0:5]
(SO GD&DT NINH BINH LAN 01 NAM 2018-2019) S gi4 tri nguyén ctia tham s8 m nam

trong khoang (0;2020) dé phuong trinh Hx - 1| - |2019 - x” =2020-m conghiém la

A. 2020. B. 2021. C. 2019. D. 2018 .
Loi giai
2018, x ¢[1;2019 |
Tacé f(x)=[x-1-[2019-x|= s <[172019]

Vi ham s6 h(x) =2x —2020 1a ham s& dong bién trén doan [1;2019] nén ta c6
max fi(x) = max {h(1),(2019)} = 2018, min fi(x) = min {(1),h(2019)} =-2018

[1:2019]

Suy ra: min f( ) 0 va maxf( ) 2018. Do do, ta co: ijnf(x):O va mﬂgxf(x):2018.

[1;2019] [1;2019]

Vi vay, phuong trinh da cho cé nghiém khi va chi khi: 0<2020 —m <2018 < 2 <m <2020 .
Suy ra c6 2018 gié tri nguyén ctia m ndm trong khoang (0;2020).
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Cau88: (SO GD&DT DIEN BIEN NAM 2018-2019) Goi S 1a tap tat ca cac gia tri caa tham s8 m dé
bat phuong trinh (erl)4 +x*—4x-52m" +m* —6m thoa man vdi moi gid tri cua xeR. Tinh
tong cdc gia tri cta S.
A. 1. B. -3. C. 5. D. 2.
Loi giai
Dit f(x)=(x+1) +2* —4x-5.

:>f’(x)=4(x+1)3+2x—4=4x3+12x2+14x =x[(2x+3)2+3J,f’(x)=0<:>x:0

X |- 0 +00
f'(x) - 0 +
(x) +o0 \ / +00
-4

Xét f(m)=m" +m2—6m:>f’(m)=4m3+2m—6=2(m—1)(2m2—2m+3) = f'(m)=0=m=1.

m |-oo 1 “+00
f'(m) - 0 +

f(m) +°O\ / *
4

Ycbt <:>ijnf(x)2m4 +m’ —6m<m' +m’ —6m<—4 < m=1. Vay tdng cac gia tri ctia S la 1.
Cau89: (SO GD&DPT QUANG BINH NAM 2018-2019) Goi$ la tip hop tat ca cac gia tri nguyén

duong cua tham s6 m d€ bat phuong trinh sau x° +3x* —m’x’ +4x* —mx+2>0 nghiém dang

v6imoi x[1;3]. Tong tat ca céc phéan tir ctia S bang:

A. 3. B. 2. C. 1. D. 4.

Loi giai

Tacéd: x° +3x* —m’x* +4x* —mx+220< x° +3x* +4x? + 22 m’x* + mx

& (x2 + 1)3 - (x2 + 1) > (mx)3 +mx (1)

Xét ham dac trung f(t)=t>+t= f'(t)=3t"+1>0

(1)<::>f(x2 +1)2f(mx)<::>x2 +1>mx

o0

Bai toan trd thanh tim m d€ bat phuong trinh x* +12 mx nghiém dung véi moi x e[ 1;3]

2
x“+1
P +1>mx<om<

=g(x),vx e[1;3]; g'(x)=1—x—1220v;ce[1;3]:> Ming(x)=g(1)=2

xe[l;S]

xel:l,3:|th‘1 m<2

X
Vay dé bat phuong trinh da cho nghiém dung véi moi
Vi " nguyén duong nén s={1;2] 6 2 phan tte. Téng cac phan tu bang 3.
Cau90: (CHUYEN NGUYEN TRAI HAI DUONG NAM 2018-2019 LAN 01) Gi4 tri 16n nhAat cia ham
X’ +xt -

sO y——m trén [0; 2] bang 5. Tham s8 m nhan gia tri 1a
x+1
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A. 5. B. 1. C. -3. D. -8.
Loi giai
y 3 a2
Dat f(x)zxxme.
<5,V 0; 2
Gia tri 1on nhét ctia y = f(x) trén [0; 2] bing 5 < f(x) xe[ ]
3x, €[ 0;2] f(x,)=

. . x°+x* -
f(x)<5, vxe[0; 2] < —

em>x*+x*-5x-5, Vxe[O; 2:' @mz%gﬁih(x),véi h(x)zx3+x2 —5x-5.

T <5, vxel0; 2]

x=1
+Ta cé: h’(x)=3x2+2x—5, h'(x)=0 <= 3x*+2x-5=0 < x=—§ (L)

Ta cé: h(0)=-5, h(2)=-3, h(1)=-8.Suy ra %gﬁih(x):—?), r[rl();izr]lh(x)z—S.

Vay m>-3. (1)

* Eixoe[O;Z]f(xo)— o

o m=x"+x*-5x-5 cd nghiém trén [0;2].

3 2
X +tx -m =5 co nghiém trén [0;2].

Theo phén trén, tasuy ra -8<m<-3. (2). Tix (1) va (2) suy ra m=-3.
Cach dung casio: Kiém tra ting gié tri cua m tir cdc ddp an A, B, C, D nhu sau
x°+x*+5

x+1
Truede khi lam thi tat ham g(x) bang 1énh “ SHIFT + MODE + | +5+1”,

Buéc 1: Vao moi truong TABLE béang 1énh “Mode + 7”.

Truong hop 1: m=-5 thi f(x)=

X +x*+5
Biréc 2: Nhap ham - - .
P f( ) x+1
2— 0
Buwoc 3: Nhap Start=0; End=2; Step=—— 5
f % ]
r CASIO

NATURAL-V.P.AM.

’ 29| I« BBI F(HZI b
2 vl
‘ S GOS0SGESGT

Quan sat bén cot f (x) cogiatri f (x) ~5,67 nén loai m=-5. Ba truong hgp con lai lam tuong

tw nhu trén chi 6 m=-3 thda man gia trj 16n nhat ctia f(x) 1a 5.
Cau9l: (CHUYEN LE QUY PON PIEN BIEN NAM 2018-2019 LAN 02) Gois 1a tap hop céc gi tri

nguyén ctia tham s& me[0;2019] d&€ bat phuong trinh x* —m+ (1—x2 )3 <0 dung véi moi
xe[-1;1]. S8 phan tr ctia tap sbang
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Cau 92:

A 1. B. 2020. C. 2019. D. 2.
Loi giai

Piat t=+1-x> ,véi xe [—1;1] =te [0;1] . Bat phuong trinh x* —m + (1 —x2 )3 <0 (1) tro thanh
-t +1l-m<0em2t -t +1 (2)
Bat phuwong trinh (1) dung voimoi x e [—1;1] khi va chi khi bat phuong trinh (2) nghiém

, ‘e . . 342
dung véi moi te[O,l]. Hay mz?ﬁ;(t —t +1)<:>m21.
Mit khac, m la s6 nguyén thudc [O; 2019] nén me {1; 2:3;...; 2019}
Vay c6 2019 gia tri cia m théa man bai toan.
(CHUYEN DAI HOC VINH LAN 03 NAM 2018 - 2019) Cho f(x) ma d6 thi ham s8 y = f'(x)
nhu hinh vé sau:

1

Bat phuong trinh f(x) > sin%x +m nghiém diung véi moi x e [—1;3] khi va chi khi

A. m< f(0). B. m< f(1)-1. C.m<f(-1)+1. D. m< f(2).
Loi giai

X

Cach 1: Xét g(x):f(x)—sin%x :>g'(x)=f'(x)—%c057

e Voi xe[—l;l):%xe{—%;gj:cos%x>0 (1)

bong thoi dwa vao d6 thi f'(x) ta thay f‘(x) <0,Vxe [—1; 1) ()
Ttx (1), (2) ta suy ra g‘(x) <0,Vxe [—1;1) )

e Voi xe(1;3:| :%xe(%;%}:cos%x<0 (3)

boéng thoi dwa vao d6 thi ta thay f'(x) >0,Vxe (1; 3] 4)
Tt (3), (4) ta suy ra g'(x) >0, Vx 6(1;3].
fi(1)=0
Tai x=1: 7 _, = g'(l) =0. Ta c6 bang bién thién cta g(x) nhu sau:
cos— =
2

X 1 1 3
g'(x) - 0

g(x) \ /'

s(1)
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bé bat phuong trinh f (x) —sin=>m nghiém dung véi moi x e [—1; 3]

8(x)
:>m<%2g]1g(x):m<g(1):f(1)—1.

Cach 2: Xét bat phwong trinh f(x) > sin%x +m (1) véi x e[ -1;3], ta c6:

f(x)>sin%x+m<:>f(x)—sin%x>m (2). Xét f(x)—sin%x voi xe[—l;?;]

+Ttr d6 thi cia ham s6 y = f'(x) da cho ta suy ra BBT ctia f(x) nhu sau:

X -1 1 3
f'() — 0 +
f(x) f=D fG)

Tt BBT ta suy ra: f(x)> f(1),vxe [—1'3] *)

+ Do xe[—l;?:]nén _1<x<3<:>_£<7r_x<3_ Suy ra: 1<sin <1 —1<-sinZE <1 (**)
2 2 2 2 2

+Tur (*) va (**) cho ta: f(x)— sin%x > f(1)~1,Yxe[-1;3]. Ddu "=" xay ra khi x=1
Do d¢6: Bat phuong trinh f(x) > sin%x +m nghiém dang véi moi x e [—1;3] em< f(1)-1.

Cau93: (CHUYEN QUOC HOC HUE LAN 3 2018-2019) Cho phuwong trinh
m(\/x2 -2x+2 +1)—x2 +2x=0 (m la tham s8). Biét rang tap hop cac gia tri ctia tham s6 m dé

phueong trinh cé nghiém thudc doan [0 ;1+2\/E } la doan [a ;b:|. Tinh gia tri cua biéu thic

T=2b-a.
7 1
A. T=4. B.T==. C.T=3. D.T==.
2 2
Loi giai
Dat t =+/x* —2x+2 . Xét ham s6 g(x) =vx* —2x+2 trén doan [0;1+2\/ﬂ.
x—-1
g =———; g'(x) =0 x=1; g(0)=+2,¢(1)=1,g(1+242)=3=1t<[1;3].
2
Khi d6 phuong trinh tré thanh m(t+1) =t’-2om= tt _12 :
+
Xét ham so f(t‘)ztz_2 trén doan [1;3].
t+1 )
, 2p(t+1)—t>+2 2 +2t+2 1 7
t)= = Ovte|1;3|; f(1)=—; f(3)=—.
D¢ phuong trinh c6 nghiém thi mmf( ) <maxf( ) —lgmgz. Vay az—l;b=Z:>T=4.
xe[1;3] xe[1;3] 2 4 ’ 2 4
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Cau 94:

Cau 95:

Cau 96:

(THPT CHUYEN HOANG VAN THU HOA BINH NAM 2018-2019 LAN 04) Téng céc gia tri
nguyén duong ctia m d€ tap nghiém cua bat phwong trinh %xz +1<+/x c6 chira diing hai s8

nguyeén la
A. 27. B. 29. C. 28. D. 30.
Loi giai

PK: x>0.Do m duong nén %x2+1>O,VxeR

Ta cé: ﬁx2+1<x/;<:>zx2+1<x<:>mx2<72(x—1) (1)

72(x-1)

x2

72(—x+2)

x3

Nhén thay x =0 khong la nghiém cua (1) nén (1)< m<

72(x-1)

Xétham sd y = f(x)= —= Voi x>0; y'= f(x)= =0 x=2.

Bang bién thién ctia f(x) v6i x>0:

Tir bang bién thién ta c6 f(2)> f(3)> f(4)= 2—27 > f(x),vxeN\{2,3,4}, nén dé€ tap nghiém cua

72(x-1)
x2

nghiém chta x =2, x=3)

bat phuong trinh m < c6 chita diing hai s& nguyén thi f(4)= 2—27 <m< f(3)=16. (tap

Véi meN thi me {14,15}. Do vay, tong cac gia tri nguyén duong ctia m 1a 14+15=29.

DANG TOAN 5: BAI TOAN THAM SO

(THPT NGO GIA TU VINH PHUC NAM 2018-2019 LAN 01) Cho ham s8 y=2x*-3x> —m.
Trén [—1;1] ham s6 c6 gia tri nho nhatla —1. Tinh m.
A . m=-6. B. m=-3. C. m=-4. D. m=-5.

Loi giai
. . x=0e[-1;1]
Xét [-L1] c6 y'=6x"—6x; y'=0 <6x*—6x=0 < .

x=1le[-1;1]

Khi do: y(—l) =-5-m; y(O) =-m; y(l) =-1-m

Ta thdy -5-m <-1-m <—m nén r[r1lilr]1y=—5—m.
Theo bai ra ta co r[rlljﬁyz—l nén -5-m=-1 om=-4.

(THCS - THPT NGUYEN KHUYEN NAM 2018-2019 LAN 01) N&u ham s8 y = x +m+1—x>
c6 gia tri 16n nhat bing 242 thi gi4 tri ctia m 1a
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A.Q. B. 2. C.\2. D.—Q.

2 2
Loi giai

Xétham s8 y=x+m++1-x. Tap xéac dinh: Dz[—l;l}.Ta ch y'=1- il

1-x?

1>x>0

1
1>x>0 X=— 1
, 1-x*=x |1>x20 o = P2 eox=—
y=0<:>{ @{ 2x% =1 2 /> -

x=— L
2

Ta c6: y(-1)=-1+m, y(1)=1+m, y(iJzﬁﬂn.

J2
Doham s y=x+m++1-x> lién tuc trén [—1;1] nén maxy =m+«/5.
[-11]
Theo bai ra thi maxyzzx/z, suy ra m+2 =232 o m=+2.
[-11]

Cau97: (CUM LIEN TRUONG HAI PHONG NAM 2018-2019 LAN 01) Cé mét gi trim, ctia tham s&
mdé ham s6 y=x° +(m2 +1)x2 +m+1dat gid tri nhé nhat bang 5 trén doan [0;1]. Khi d6
ménh dé nao sau day dang ?

A. 2018m, —m; = 0. B. 2m, -1<0. C. 6m, —m; <0. D. 2m, +1<0.
Loi giai
Taco y'=3x"+ 2(m2 + 1)x >0,Vxe [0;1] nén ham s8 da cho dong bién trén [0;11.

Suy ra miny =y(0)=m+1=>5 = m, =4=> 2018m, —m; >0
0;1

Cau98: (SO GD&DPT BAC NINH NAM 2018-2019 LAN 01) C6 bao nhiéu gié tri ctia tham s m dé gia

—_— 2_ N
Xom =2 trén doan [0;4] bang 1.
xX—m
A. 0. B. 2. C. 3. D. 1.

Loi giai

tri 16n nhat cia ham s6 y =

Diéu kién: x=m.
Ham s6 da cho x4c dinh trén [0;4] khi m¢ [0;4] *).

12 7
m——| +-—
mz—m+2_ 2

4
Taco y' = 5 —>0 voi Vxe[0;4:|.
(x—m) (x—m)
Ham s6 dong bién trén doan [0;4 | nén maxy=y(4)=ﬂ.
' [04] 4-m

— 2 =2
maxy:—1<:>2 " lomim—6=0o|" :
[04] 4-m m=-3

Két hop véi diéu kién (*) ta duwoc m=-3. Do d6 cd mot gia tri ciia m thda yéu cau bai toan.
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Cau 99:

Cau 100:

Cau 101:

2
Cho ham s& f(x)= z 2 voi m 1a tham s8 thuce. Gia st m, 1a gid tri dwong cta tham s6 m d€
X+

ham s6 ¢6 gid tri nho nhat trén doan [0 ;3] bé“mg -3. Gia tri m, thudc khoang nao trong cac
khoang cho dudi day?
A. (20;25). B. (5;6). C. (6;9). D. (2;5).

Loi giai

x—m’ trén doan [0;3] )
x+8

Xétham s6 f(x)=

8+m22 >0,Vxe[0;3]:> ham s6 f(x)z x—m’

+8) x+8

Tacéd: y' = dbng bién trén doan [0;3 ]

m2

=minf(x)=f(0)=—~

=3om =4

m=—2\/g'

-m’ m=26
8

Theo gia thiét, ta co: in f(x)=-3e

Ma m>0, me R=m=26~4,9¢(2;5).
(MP 101 BGD&DT NAM 2016-2017) Cho ham s& yz“—’f (m 1a tham s& thuc) thoa man
x_

r[r2114r]1 y =3. Khang dinh nao sau duéi day dung?

A. m<-1. B. 3<m<4. C. m>4. D.1<m<3.
Loi giai

-1-m

(x-1)

HNéu -1-m=0=m=-1=y=1, Vx¢1:r§£ﬁlf(x):1¢3 (loai).

Taco y' =

+) Néu —1-m>0«<m<-1 thi @i?yzy(2)©2+m=3©m=1(loai).
A~ \ . 44+ m R
+)Néu -1-m <0< m>-1 thi ?;ir]xy:y(él)@T:B@m:S (nhan)
(MP 102 BGD&DT NAM 2016-2017) Cho ham s6 y:“—’f (m 1a tham s& thuc) thoa man
X+

miny-+maxy = % . Khing dinh ndo dudi day ding?

A.m<0 B. m>4 C.0<m<2 D.2<m<4
Loi giai

1-m

(x+1)

MNéu m=1=y=1, Vx#-1. Khong théa man yéu cau dé bai.

Taco y' = >

M Néu m <1 =Ham sd dong bién trén doan [1;2].
) 16 16 m+1 m+2 16 .
Khi @6: miny+maxy=— < y(l)+y(2)=—< + =— o m=>5 (loai).
niny+maxy =" @ y(1)+y(2)=7 e =TT = (loai)
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Cau 102:

Cau 103:

Cau 104:

M Néu m >1 = Ham sd nghich bién trén doan [1;2] .

. 16 16 2+m 14+4m 16
Khi d6: miny+maxy=—<<y(2)+y(l)=—< + =— o m=5(t/m).
) YR T v)rul)=Fe T (tm)
(CHUYEN KHTN LAN 2 NAM 2018-2019) Tong gia tri 16n nhét va gia tri nho nhat cia ham
s y= & HT trén [1;2] bang 8 (m la tham s8 thuc). Khang dinh nao sau day dung?
X+
A.m>10. B. 8<m<10. C.0<m<4. D. 4<m<8.
Loi giai
Néu m=1 thi y=1 (khong thoa man tdng ctia gia tri 16n nhat va nho nhat bang 8)
Néu m =1 thi ham sO da cho lién tuc trén [1;2] va y'= 1- m2 )
(x+ 1)
Khi d6 dao ham ctia ham s6 khong d6i ddu trén doan [1;2] )
A m+1 m+2 41
Do vay miny+maxy=y(1)+y(2)= + =8om=—.
2y xe[1;2]y xe[l;Z]y y( ) y( ) 2 3 5

2sinx —mcosx

(THPT HUYNH MAN DAT NAM 2018-2019 LAN 01) Cho ham s& y=— dat gia
sinx +cosx
tri 16n nhat trén {0;%} bang 1. Khang dinh nao sau day ding?
A.me[—l;O). B.me[O;l). C.me[l;2). D. me[2;3).
Loi giai
Tacéd: y'= 2+ m -
(sinx +cos x)

THI1: y'= 2+—m2 >0 < m>-2 ham s6 luén dong bién trén {O;Z}

(sinx +cos x) 4
Khi d6 maxy= y(ZJ _2om_ 1< m=0 (thdéa man)

0% 4 2

TH2: y'= 2+—m2 <0< m<-2 ham s& ludn nghich bién trén {O;Z}

(sinx +cos x) 4
Khi do maxyzy(O) =-m=1<m=-1 (loai)

0;%

THS3: y’=2+—m2=0<:>m=—2 =y =2, khi d6 maxy=2 (loai)

(sinx +cos x) 0%
(CHUYEN BAC NINH NAM 2018-2019 LAN 03) Goi A,B Ian luot 1a gia tri nho nhat, gi tri

2
16n nhét ctia ham s8 y = XXM A en doan [2;3] . Tim t&t ca cac gia tri thuc cua tham s6 m
x —
46 A+B=2.
2

A m=1Tm=-2. B. m=-2. C. m==2. D.m=-1m=2.
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Cau 105:

Cau 106:

Loi giai
Xét ham so yzw trén doan [2;3].
x-1
y':Lmz_l<o vxeP;B]jA:f(ﬂz%'B:f(z):M

(x-1)

13 m*+m+3 m*+m+2 13 m=1
A+B=—© + - .
2 2 1 2 m=-2

(CHUYEN HUNG YEN NAM 2018-2019 LAN 03) Goi T la tap hop t4t ca gié tri caa tham s6

A1\ A +1 L e <14 Ay A M ’ ~? 2 7 A ’
m dé ham s y = m ~ €O gia tri lon nhat trén doan [2;3] bang % Tinh tong cta cac phan ti
x+m

trong T .

0 B. 160 C.2. D.6.
5 5
Loi giai

. mx+1 o 1 . mx +1 m’ -1
Taco: y= ~. biéu kién x#-m*. Ta co: y= Sy =—7.
X+m X+m (x+mz)

-Néu m=1 thi y:x—Jri.Khi do r[r;aal]xyzl,suy ra m=1 khong thoa man.
X+ ;
mx+1

X +m?

-Néu m’-1>0<m>1thi y'>0.Suy raham s y=

dong bién trén doan [2;3].

m=23

. 3m+1 5
Khi d6 =y(3)= =~ < 5m*-18 9=0 .
i oq;glxy y( ) e 6<:> m m+ = ng

Dai chiéu véi diéu kién m >1, ta c6 m =3 thda man yéu cau bai toan.
+1

2

-Néu m’ —1<0< m<1 thi y'<0.Suy ra ham s6 y ==
xX+m

nghich bién trén doan [2;3].

=2
Khi d4 maxy = (2)—2m+1—§c>5m2—12m+4—0® "
zar ) NI e - ng

Ao - A 7. R - A /4 2 2 ~ A N . /4
D6i chiéu véi diéu kién m <1, tacd m= s thoa man yéu cau bai toan.

Vay T={3;§} . Do d6 tong cac phan tit ctia T la 3+%:%.

2

(THPT CHUYEN PHSP HA NOI NAM 2018-2019 LAN 03) Cho ham sg y=(x"=3x+m) .
Tong tat ca cac gia tri ctia tham s m sao cho gia tri nho nhét cua ham s& trén doan [-1;1]
bang 11a
A. 1. B. 4. C.0. D. 4.

Loi giai
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Xét ham s8 f(x)=x"-3x+m.
D& GTNN ctia ham s6 y = (x3 —3x+ m)2 trén doan [-1;1] bang 1 thi Elﬂf(x) =1 hodc

maxf( )——1 Taco f' x) 3x* -3; f’(x)=0c> ii;lzf(x) nghich bién trén [—1;1].

[-1:1] (

Suy ra r[r_xaxf(x) ( 1) 2+m va r{llilrxf(x)zf(l)z—2+m.
Trueong hop 1: mmf(x) leo2+m=1om=3.

Truong hop 2: maxf( X)=-lc2+m=-lem=-3.

Vay tong cac gia tri cua tham s6 m la 0.

Céu 107: (GKI THPT VIET DUC HA NOT NAM 2018-2019) Cho ham 8 f(x)=""""%. Tim gié trj
smx +

cua m dé€ gia tri 16n nhat cia ham s6 f(x) trén doan { 3 } bang 2.

A =5, B. {m:? C.m=2. D. m=3.
m=2

Loi giai
1+m

(t‘+1)2

bat t =sinx, xe{O %}:te[o 1] Ta c6 ham s0 g(t)zm te[ 23} Taco g'(t)=

+)Voi m+1>0<m>-1.Taco g'(t)>0.
Suy ra maxg(t)=2<=g)=2< 1_Tm =-2 < m=5(thoa diéu kién)
0;1

+) Vi m+1<0< m<-1.Tacod g'(t)>0.

Suy ra maxg(t)=-2 < g(0)=-2 < -m=-2 < m=2 (khong thoa diéu kién). Vay m=5
[0:1]

2

Cau 108: C6 bao nhiéu gia tri nguyén duong ctia tham sd m d€ gia tri nhé nhat cua ham s6 y = el HZ
x J—
trén doan [2; 3] bang 14?
A 2. B. 1. C. 0. D. 4.
Loi giai

2
<0, VxeD.

Tap xéac dinh D=R\{1}. Ta c6 l/’__l_
(x-1)

3+m?

3-1

=14 ©&m=45.

Do d6 ham s& nghich bién trén doan [2;3]. Suy ra I[rznsr]ly =y(3) =
Vay c6 1 gia tri nguyén duong cta m.

C4au 109: (SO GIAO DUC PAO TAO VINH PHUC NAM 2018 - 2019 LAN 01) Tinh tong tat ca cac gia
tri cia tham s6 m sao cho gia tri 16n nhat cia ham s6 y = ‘x —2x+ m‘ trén doan [—1,2] bang 5.

A 1. B. 2. C. 2. D. 1.
Loi giai
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2x—2
‘xz —2x+m
max{y(—l),y(2),y(1)} =5 < max{|3+ m

+ Truong hop m>-1, ta cé max{|3+m m

4

Tacd y' = , ¥'=0=x=1.Do d6 yéu cau bai toan twong duong

m

, ,m—1|}=5.

m—1|}:5<:>|3+m|:5:>m:2.

4

+ Truwong hop m < -1 ta céd max{|3 +m|,|m

4

, m—1|}:5c>|m—1|:5:>m:—4.
Vay tong céac gia tri m bang 2.
Cau 110: (DE THAM KHAO BGD&DT NAM 2017-2018) Goi S 1a tap hop tit ca cac gid tri ctia tham s8

thuc m sao cho gia tri 16n nhat ca ham s& y=‘x3 —3x+m‘ trén doan [0;2] bang 3. S8 phan tu

caaSla
A. 1. B. 2. C.0. D.é6.
Loi giai
Xét ham s8 f(x)=x’-3x+m, tacd f'(x)=3x>-3.Ta cdbang bién thién cua f(x):
x 0 1 2
/') - 0 +
m 2+m
F@ | T ym

TH1: 2+m<0<m<-2.Khi do r[;ggajc‘f(x)‘:—(—Zan):Z—m

2-m=3<m=-1 (loai).

TH2: {2+m>0<:>—2<m<0. Khi d6: |m—2|=2—m>2>2+m :max‘f(x)‘:—(—2+m):2—m
m<0 [0;2]

2-m=3<m=-1 (thoa man).

TH3: {m>0 ©0<m<2.Khidd: |[m-2|=2-m<2<2+m :max‘f(x)‘=2+m
-2+m<0 [0:2]

2+m=3<m=1 (thoa man).
TH 4: -2+m>0<m>2. Khi d6 ifggyjc‘f(x)‘:2+m

2+m=3<m=1 (loai).
Cau 111: (THPT AN LAO HAI PHONG NAM 2018-2019 LAN 02) Tim tt ca gié trj thuc ctia tham s& m

, x> +mx+1 .
dé€ ham s6 y=——— lién tuc va dat gia tri nho nhat trén doan [0;2] tai mot diém
xX+m
X, 6(0;2).
A 0O<m<1. B. m>1. C.m>2. D. -1<m«<1.

Loi giai

m<-2

12 A A - 0 0
Tap xac dinh: D=R\ {—m} . Ham s0 lién tuc trén [0;2] <:{ = ) o {m g
-m >
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2
, 242 2.1 (x+m) -1 x, =—-m-1
Tacd y'=2 * mx+rzn =( ) —.Cho y'=0=| ' .
(x+m) (x+m) x,=-m+1
Ta cé bang bién thién
- T 1y (] o 2 }

1N N

Ham s0 dat gid tri nho nhat tai x, e(0;2) nén 0<-m+1<2<-1<m<1

So v4i diéu kién ham s0 lién tuc trén doan [0;2] .Tacdé 0<m<1.
CO THE GIAI NHU SAU:

Diéu kién xac dinh x#-m

m<-2

\ A 1A N " -m<0 m>0
Ham s6 lién tuc trén doan [0;2] nén -m & [0;2] = Lm o = { (*)

2
,_x2+2mx+m2—l_(x+m) -1 xlz_m+1

(x+m)2 (x+m)2

4
x,=-m-1

; ¥'=0c0 hai nghiém la {
x, —x, =2 nén chi c6 nhiéu nhat mot nghiém thude (0;2)
Ta thdy -m+1>-m—-1,vm va do d6 d€ ham s6 lién tuc va dat gia tri nho nhat trén [0;2] tai
mot diém x, €(0;2) thi 0<-m+1<2<-1<m<1(**) . T (*),(**) tacé 0<m<1.

Cau 112: (THPT Phu Duwc - Thai Binh - 2019) Goi S la tap hop cac gia tri cia m dé€ ham s6
y= ‘xs' —3x% + m‘ dat gia tri 16n nhat bang 50 trén [-2;4]. Téng cac phan ti thudc S 1a
A. 4. B. 36. C. 140. D.o.

Loi giai

Xét ham s8 g(x)=x"-3x> +m c6 g'(x)=3x" —6x . Xét g’(x)zO:{
Khi dé gia tri 16n nhat cia ham s6y = ‘x3 —3x* + m‘ trén [-2;4] la:

maxy=max{y(O);y(—Z);y(Z);y(él)} =max{|m m—20 m+16|}.

xe[—2;4]

m-—4

4 7 7

=50
Trueong hop 1: Gia st maxy = |m| =50 < {m .
m=-50
V&i m =50 thi |[m+16|=66>50 ( loai).
V&i m=-50 thi |m—20|=70>50 (loai).
\ o m =54
Truong hop 2: Gia st maxy = |m - 4| =50 < 16"
m=—

V&i m =54=>|m| =54 >50 (loai).
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V6i m=-46 thi |m—20|=66>50 ( loai).

m=70

Truong hop 3: Gia sit maxy =|m—20/=50 <
m=-30

V6i m="70 thi [m+16|=86>50 (loai).
V6i m=-30 thi

m=34
m=-66
V6i m =34 thi |m|=34<50,|m—4| =30 <50,|m—20| =14 < 50 (thoa man).
V6i m=-66 thi |m|=66> 50 (loai).
Vay Se{-30;34}. Do d6 tong cac phan tir ctia S1a:-30+34=4.
Cau 113: (CHUYEN THAI BINH NAM 2018-2019 LAN 03) Goi S la tap hop cac gia tri cia tham s6 m

X2 —mx+2m

Truong hop 4: Gia st maxy = |m + 16| =50 < {

d€ gid tri 16n nhat cua ham s6 y= trén doan [-1;1] bdng 3. Tinh tong t&t ca cic

X
phantircua S.
A. —§. B. 5. C. g D. 1.
Loi giai
Xét him 58 yzf(x)zxz_;”fxgzm trén [-1;1] c6 f'(X)=1_( 42)2 ;
% —
' x=0 3m+1 m+1
f(x)=0 4€[11:| f( ) —3f():_mf() -1
Bang bién thién:
I 0 -
f:\) : 9 |

f{x) f(0)

f(-1) » (1)
Truong hop 1. f(0)<0< m=>0. Khi d6

3m+1

(1]
Truong hop 2. f(0)>0< m<0.

3 :max‘f(x)‘ :max{‘f(—l)‘;‘f(l)‘} < 3= max{

;m+1} osm+l=3<m=2.

Kha nang 1. {f(_i < m<-1.Khidd 3= max‘ ‘ f @m:—3.

f(1)=0

1)20
Kha ning 2. —1<m$—%.Khi d6 {f( )

fa)<o =Tl () =mad £ (0)]r ()

3= max{—m; m+ 1} : Treong hop nay vo nghiém.
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Cau 114:

7

Kha nang 3. —%<m<0.Khi do S:maﬁ(‘f(x)‘:max{f(O);

[-11

(1)

f (—1)‘} : Vo nghiém.

Vay co hai gia tri théa man la m, =-3, m, =2. Do d6 tong tat ca cac phan tk ctia S 1a 1.
(CHUYEN HA LONG NAM 2018-2019 LAN 02) C6 bao nhiéu s6 thue m dé€ gia tri nho nhat

ctua ham s& yz‘xz —4x+m+3|—4x bang 5.

A. 2. B. 3. C. 0. D.1.
Loi giai
Xét f(x)=x"—4x+m+3 cO A'=1-m.
THL. m>1: f(x)20Vx< y=x"—8x+m+3.
X —ol 4 +a0
o0 +90

¥ /
\ m—13
miny =-5<m=8 (TM).

TH2. m<1: f(x)=0 cdhainghiém x, =2-+1-m; x,=2+1-m.

0 Néu xe(xl;xz): y=-x"-3-m.

y(x1)=—8+4v1—m; y(x2)=—8—4\/1—m :>y(x1)<y(x2) = miny=-8-4y1-m <-8 (Khong
(%15%2)
™).
0 Néu x¢(x,;x,): y=x>—8x+3+m.
+) x, <4< 1>m>-3:
X ~3C X, X, 4 s

TT——am-13 —

miny =m-13=-5< m=8 (Loai).

+) x,24m<-3:

X

—a0 X 4 X, +00
+00 +00
¥

=-8-4y1-m <-8 (Khong TM). Vay co6 1 gia tri cua m.
HET

= miny

HUE ... 16h00 Ngay 08 thing 8 nim 2020
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