CHU PE 9: BAI TOAN TiM PIEM TREN PO THI
= Dang 1: Tim diém M lién quan dén yéu t6 d dai, khoang cach
Diém M thudc do thi ham s y = £ (x) = M (x; £ (x,))-
= Khodng cach tir diém M dén truc Ox bang: d M; Ox | f X, |
= Khoang c4ch tir diém M dén truc Oy bang: d (M;0p)=|x,|.

ax, +bf X, +C
_Jax+bf () + €]
\/a +b’

= Khodng cach tir diém M dén duong thang A:ax+by+c=0 la: d (M A

= Khoang cach gitra hai diém MN bang \/(xM —xy )+ (=)

Vi du 1: Cho ham sb: y = x+2 (C). Tim diém M thu¢c (C) sao cho khodng céch tir M dén duong thang
x_
y =—x bang V2.
Loi gidii
. a+?2
Goi M(a; Je(C),(a;tl).
a—1
‘ a+2
a+

Khoang cach tir M dén duong thang y =—x 1a: d = #_1 -2 |a2 +2| = 2|a —1|
a=0=M(0;,-2)

a’-2a+4=0
&
a=-2=M(-2;0)

5 Sat+2a=0o
a +2a=0

Vay toa d6 diém M can tim 1a M (0;-2) hoac M (-2;0).

2x+1

Vi du 2: Cho ham s y = (C). Goi M la diém nam trén d thi (C) va H,K tuong tmg 1a hinh chiéu

x—1

vudng goc ctia M trén cac truc Ox va Oy . Co bao nhiéu diém M thoa man tir giac MHOK c6 dién tich

bang 2.

A.0. B. 1. C.2. D. 4.
Loi gidi

Goi M( Za" TJ e(C)(a#1). Tt gibc MHOK 1a hinh chit nhat.

Ta co: S, y0x = MH.MK =d(M;Ox).d(M;0y)

N | —

_|a||2a+1|_|2a2+a|_2<:> 2a° +a=2a-2 - 2¢°—a+2=0 o a=
a-1] | a1 | 2a° +a=-2a+2 |24*+3a-2=0




Vay MG;4] hogc M (-2:1). Chon C.

Vi du 3: Cho ham s6 y = _x_l(C). C6 bao nhiéu diém M €(C) dé khoang cach tir M dén duong thang
x_
A:y=2x-1 ba%mgi
: N
A. 0. B. 1. C.2. D. 4.
Loi gidi
20+ 44
Goi M(a;_a_lje(C)(a:&l).Tacé: A:2x—y—1=o:>d(M;A)=“—_1=i
a-1 J5 J5
1
2a° -2a+2=3a-3 2a° -5a+5=0 =—
a*~2a+2]=3fa-1| | ¢, TETITHTE oo T =972
2a° —-2a+2=-3a+3 2a°+a—-1=0 a=—1

Vay ¢6 2 diém M théa man yéu ciu bai toan. Chon C.

Vi du 4: Cho ham s6 y = x* —2x+1. Tim tat ca cic diém M thudc dd thi ham sb sao cho khoang cach tir M

dén tryc tung bang 1.

A. M (1;0) hodc M (-1;2). B. M (0;1) hoac M (2;-1).
C. M(1;0). D. M(2-1).
Loi gidi

x,=1=y,=0 M(l;O)

Khoang cach tir M dén truc tung bang 1, suy ra =
8 ' & Pang Y LCM:—1:>yM:2 M(—1;2)

Chon A.

Vi dy 5: Cho ham s6 y =x’—3x ¢6 dd thi (C) va diém K (1;-3). Biét diém M (x;y) trén (C) thoa man
x,, 2—1 vado dai KM nhoé nhét. Tim phuong trinh duong thang OM .

A. y=2x B. y=—x C.y= J3x. D. y=-2x.

Loi gidi

DPiém M(x;y)e(C):>M(x;x3 —3x) voi x> 1.

Ta co W:()c—l;)c3—3x+3):>l(M:\/(x—l)2+(x3—3x+3)2 . bat f(x)z(x—1)2+(x3—3x+3)2.
Xétham s6 f (x) trén doan [—1;+00), tacd f'(x)=2(x—1)+6(x" ~1)(x’ —3x+3); V2 -1.

Phuong trinh f'(x):0<:>(x—1).[1+3(x+1)(x3 —3x+3)]=0<:>x:1 vi g(x)=0;vx>-1.

g(x)




Gid tri nhé nhét cia f(x) bang 1. Dau" =" xdyrakhi x=1= M (;-2) = (OM): y = -2x.

Chon D.

2x—1
x+1

Vi du 6: Cho ham sd y = (C). Téng khoang cach tir mot diem M trén (C) dén hai dudng tiém cén

dat gia tri nho nhét 1a bao nhiéu?

A. 24/3. B. 2. C. 4. D. 4/3.

Loi gidai
2a-1
a+1

Goi diém M (a; j €(C). Hai duong tiém can cua (C) 1a x=-1 va y=2.

dy=d(M,x=-1)=|a+]|

Suy ra khoang cach tr M dén hai duong ti¢m cén bang d =d (M,y _ 2) _ | 3 1|
a—+
C s LA , , U 3 3
Khi do tong khoang cach s€ bang d =d, +d, = |a+1|+mz 2 “a+1|.m =2./3.
a—+ a—+

Chon A.

Vi du 7: Tim tat ca nhiing diém thudc truc hoanh cich déu hai diém cuc tri cia d6 thi ham s
y=x -3x"+2.

A. M(-1;0). B. M (1;0). C. M (2;0). D. M (1;0).

Loi gidi

x=0=>y=2

Ta co: y':3x2—6x:0<:>[ = A4(0;2);B(2;-2). Goi M (1;0)

x=2=y=-2
Khi d6 MA> = MB* & 2 +4=(1-2) +4 = 1=1= M(1;0).

Chon D.

x+2

Vi du 8: C6 bao nhiéu diém M thudc do thi ham s y = ma khoang cach tir M dén truc Oy bang hai

x—1
1an khoang cach tir M dén truc Ox ?

A. 0. B. 1. C.2. D. 3.

Loi gidi

a+?2

a—

Goi M(a; J(a #1) € d0 thi ham s6 da cho.

a+?2

Taco: d(M;0y)=|a

;d (M;0x) =

a—1




.y L ., la+ 2
Theo gia thiét ta co:
a —

Vay ¢6 2 diem A(2;4) va B(—%;—lj. Chon C.

Vi du 9: Tim trén do thi ham sé y = 2x+1

nhimng diém M sao cho khoang cach tir M dén tiém can ding

bang ba lan khoang cach tir M dén tiém can ngang cua do thi.

A. M(—4;%) hodc M (2;5). B. M (4;3) hodc M (-2;1).
C. M (4;3) hoac M(2;5). D. M(—4;9 hodc M (-2;1).
Loi gidi

Ti€ém cén dirng: x =1. Tiém can ngang y=2. Goi M (a; 2a +11j
a R

_farl_yl 31,d(M;TCD):|a—1|.

Khi do: a’(M;TCN)—| 1 |
a— a—

<:>(a—1)2 PN a=4=M(43)
|a—1] a=-2=M(-2;1)

Theo bai ra ta co6: |a —1| =3.

Chon B.

. , . . 2x+1 . .2 .
Vi du 10: Giad st duong thang d:x=a,a >0 cat do thi ham s6 y = X tai mdt diém duy nhat, biét

x—1

khoang cach tir diém d6 dén tiém cén dimg ciia d6 thi ham sé bang 1; ky hiéu (x,;,) 1a toa do cua diém

do. Tim y, .
A. y,=-1. B. y,=5. C.y, =1 D. y,=2.
Loi giai

. 2a+1 v aeR A 22X L1 eqa A 1~ \

Goi M| a; (a >O) la diém can tim. TCD cua d6 thi ham s6 da cho la: x=1
a_

. a, >0 2a+1

Khido d(M;x=1)=1<|a-1|=1—5a=2=y, = -=5
a_
Chon B.
Vi du 11: Cho ham sé y = x+;(C). Goi M la diém thudc (C) sao cho tich khoang cach tir diém M dén
x_

truc Ox va dén duong tiém cin ngang bang 6. Tong hoanh d6 cac diém M thoa méin yéu cu bai toan bang




A. -1. B. % C. 8. D. 4.

Loi gidi
. a+l \
Goi M(a; 2]((17&2). TCD: x=2 vaTCN: y=1
a_
a+l a+l1 3
Tacod: d(M;0x)= =d ;d(M;TCN:y=1)=——-1|=——=d
a+l1 5 ( )
oV - _ a=1=>M(1,-2
Theo bai ra ta c6: d1d2=3(a+12)—6<:> (a-2) 2 —9axT=0 1, 7
a—2) a+l _ 2a°—T7a+9=0 a=5:>M(E;3j

(a-2)°
Vay M (1;-2) hoac M(%ﬂj 1a cac diém can tim. Chon B.
» Dang 2: Tim 2 diém lién quan dén yéu t6 ddi ximg, yéu té khoang cach.
M Tim 2 diém d6i xing:
Goi A(a; f(a)) va B(b; f(b)) (a#b) lahai diém thudc do thi ham s y = f(x).

a+b=2a

» Hai diém 4, B ddi xtmg qua (a;p) < .
e 1(68)= 170" g

a=-b
f(a)=1(b)
M Tim 2 diém A, B thudc 2 nhanh ciia do thij sao cho dd dai AB ngin nhit

= Hai diém 4, B dbi xing qua truc tung < {

ax+b

Bai toan: Cho ham sb y = (C). Tim 2 diém thudc 2 nhanh cua d6 thi (C) sao cho 4B, .

cx +

Cich gii: Ta phan tich: y =2+
c cox+d

trong d6 y = =1 tiém can ding cuia (C)
C

Goi A(x;,),B(x,;y,) lan lugt 1a 2 diém thudc 2 nhanh ctia (C) ta cé: x, < L X,
c

a k
B _ V="
bat x, =—-a,x,=—+B(a,p>0)= ¢ c'a:>ABz=(x1—x2)2+(yl )/2)2
a
W =—+—
C c.0
» k(1 1Y) o K1
= S [ 1+
(a+PB) +c2( i j (oc+B)[+c2 (a.B)ZJ
S S k| 1

22 |—. 2. —
(OL.B)2 ¢ (oc.ﬁ)2 c op




a=p3

Do d6 A3224&.B.2M.L:%.Déubéngxéyra<:> k| 1
c ap ¢ _,_le

c o

Vidy 1: Cho ham s6 y =x"-3x> —4x+3 (C).
a) Tim 2 diém A va B d6i xtng nhau qua goc toa do O.

b) Tim toa d6 2 diém A va B ddi xting nhau qua truc Oy.

Loi gidi
a) Goi A(a;b) va B(-a;—b) 1a 2 diém ddi xtmg nhau qua gdc toa do O(0;0).
b=a’-3a’—4a+3

Vi 4,B déu thude dd thi (C) nén ta co: . )
—b:(—a) —3(—a) —4(—a)+3

b=a’>-3a*-4a+3 b=a'-3a*-4a+3 a=1;b=-3
& & =

~b=-a’-3a’+4a+3 |0=-6a"+6 a=-1;b=3
Vay 2 diém 4,B can tim 1a: 4(1;-3): B(~1;3) hogc nguoc lai.
b) Goi A(a;b) va B(-a;b) 1a 2 diém dbi xtmg nhau qua truc Oy .

. . b=a’-3a*—4a+3
Vi 4, B déu thudc do thi (C) nén ta co: X ,
b:(—a) —3(—a) —4(—a)+3

a=b=0:>AEB(loai)
Sla=26=-9

{b:a3—3a2—4a+3 @{b=a3—3a2—4a+3
a=-2:b=-9

b=—a'-3a*+4a+3 0=2a"-8a

Vay 2 diém A4, B can tim la: A(2;-9); B(—2;-9) hodc nguoc lai.

Vi du 2: Tim trén d6 thi ham s6 hai diém A, B thudc hai nhanh cia d6 thi ham s6 y = 2x sao cho 4B
x_
ngén nhat.
Loi gidi
! (2x-2)-2
o I i A B |
Tacc'):y=x 3.2 =—-—

-2 2x-2 2 x-1
Puong tiém can ding ctia d6 thi ham s 1a x =1.
Goi A(x;,),B(x,;y,) lan luot 1a 2 diém thudc 2 nhanh ciia (C) ta cé: x, <l1<x,
11
J’1:§+_ 5
bat x, =1-a,x,=1+b (a,b>0)= | Ci:ABzz(xl—xz) +(3,—»)

=—+4—
V2 > D

2




1

a

—(a+bY +(1+%j2 =(a+b)’ {1+

(a +b)2 >4ab

)

2 8= AB> 2.

Ta co: 1 1 ) :>ABZZ4ab
1+2222/22:— ab
ab ab ab
a=b 3 1
Dau "=" xdyra <9 1 @a:bzle(o;Ej’B(z;_E)
ab

Vi dy 3: Tim trén d thi ham s6 y =—x’ +3x+2 hai diém ma ching ddi ximg nhau qua tim 7(-1;3).

A. (0;2) va (-24).  B.(-1;0) va

(-1;6).

C. (1;4) va (-3;2).

D. Khong ton tai.

Loi gidi

Goi A(a;—a’ +3a+2);B(b;—b* +3b+2) (a#b) 1a 2 diém thudc dd thi ham sb da cho va ddi xtmg nhau

qua diém 7(-1;3).

) {a+b:2xl =-2
Ta co:

~a’ +3a+2-b+3b+2=2y, =6<:>{—(a3 +b°)+3(a+b)

b):-f’{

Vay (0;2) va (—2;4) 1 cdp diém can tim. Chen A.

a+b:—2 a+b=_2
= =
{cf +b°=-8 (a+b)3 —3ab(a+

ab=0

=2

at+tb=-2 a=0b=-2
&
a=-2:b=0

3

N . | . .
Vi du 4: Tim trén d6 thi ham s6 y = —x?jtx2 +3x—? hai diém phan biét ma ching doi xing nhau qua

truc tung.

A. (3;—Ej hoic [—3;—2)
3 3
C. [E;3j hoic (—Eﬁj.
3 3

B. [3;?) hoic (

D. Khong ton tai.

_3;Ej_
3

_ 3
Goi A(a;Ta+a2+3a—%] va B(b;

xtng nhau qua truc tung.

a=-b

Khido: < _,? 1 b

AT VL S A VS
3 3 3 3

Loi gidi

3

1<

11

Tb+b2 +3b—?j (a#b) 1a 2 diém thudc do thi va chung doi




a=-b a=-b

&9 048 &<la=0
24 64=0 [a—+3

Véi a=0=b=0= A=B (loai).

V6ia=1t3=b= +3:>A(3 136] B( 3?) Chon B.

Vi du 5: Tim trén d0 thi ham s6 y = —x? +4x+2 hai diém phén biét ma chung dbi ximg véi nhau qua truc

tung.
A. Khong ton tai. B. 4(2;2) va B(-2;2).
C. A(-1;-1) va B(1;-1). D. 4(3;-13) va B(-3;-13).

Loi gidi

Goi hai diém théa méan d& bai 1a Alxiya) {x )
(xB7yB) = Vs

Khi d6 ta co —x} +4x,+2=—(-x,) +4(-x,)+2 & 4x, =—4x, & x, =0(L).

Suy ra khong ton tai hai diém thoa man dé bai. Chon A.

3x+6
x+1

Vi du 6: Tim trén mdi nhanh cta do thi (C):y= cac diém A4, B dé do dai AB dat gia tri nho nhit,

gié tri nho nhat d6 bang:

A. 24/5. B. 242. C. 2./6. D. 3V2.

Loi gidi
3x+6_3(x+1)+3 i

= =3+
x+1 x+1 x+1

Taco: y=

Puong tiém can dung ctia d6 thi ham s6 1a x=-1.

Goi A(x;;),),B(x,;¥,) 1an luot 1a 2 diém thudc 2 nhanh ctia (C) ta c6: x, <—1<x,

3
Bafltxlz—l—a,x2:—1+b(a,b>0):> " c;:ABZ:(x )62)2+()/1 y2)2
y2=3+z
:(a+b)2+9(l+lj2:(a+b)2[1+ ) }
a b (ab)’
(a+b)224ab 6
Taco:y o 9 6:>AB2>4ab—b—24:>AB>2\/_

b Na*h>  ab




a=>b
Daubang xdyra <{ 9 < a=b=3.ChonC.

—=
» Dang 3: Bai toan tim diém két hop bai toan twong giao va tiép tuyén

M Bai to4n 1: Tim hai diém A4(a; f(a)) va B(b; f(b)) (a+#b) thudc do thi ham sé y = f(x) (C) sao
cho tiép tuyén tai 4 va B cua (C) song song v6i nhau va A4, B théa man diéu kién X .

Cach gidi: Giai h¢ phuong trinh f '(a) =f ’(b) va diéu kién K .

Bai toan 2: Tim hai diém 4, B thudc d6 thi ham s6 y = f(x) (C) sao cho 4B L A (hodc AB//A)va
A, B théa man diéu kién K .

Cach gidi:

= Dya vao gia thiét 4B L A hodc AB//A ta viét phuong trinh duong thing AB theo mot tham sb m
nao do.

= Viét phuong trinh hoanh d¢ giao diém cta AB va do thi (C).

» Dya vao diéu kién K dé€ tim gia tri cua tham s6 m .

Vi dy 1: Tiép tuyén ctia do thi ham s6 y =x’ +4x’ +4x+1 tai diém A4(-3;-2) cét d thi tai diém tht hai
1a B.Diém B cb toa dd

A. B(1;10). B. B(-2;1). C. B(2;33). D. B(-1;0).

Loi gidgi
Taco: y' =3x"+8x+4=)'(-3)=7
PTTT tai diém A(-3;-2) la: y=7(x+3)-2=7x+19 (d)

Phuong trinh hoanh d6 tiép diém ctia do thi va tiép tuyén d 1a: x* +4x* +4x+1=7x+19

<:>(x+3)2(x—2)20<:>{x:_3:>y=_2. Vay B(2:33). Chen C.

x=2=y=33

Vi du 2: Tiép tuyén cta d6 thi ham s6 y=x’—x*+x+1 tai diém 4 cit dd thi tai diém tht hai 1a
B(-1;-2). Diém 4 c6 toa do

A. A(25). B. A(~1;-4). C. 4(0;1). D. A(1;2).

Loi gidi
Tacé: y' =3x"—2x+1, goi A(a;a3 —-a’ +a+1)
Phuong trinh tiép tuyén tai 4 1a: y = (3a2 -2a +1)(x—a)+a3 —a*+a+l

Phuong trinh hoanh d¢ giao diém ciia d thi va tiép tuyén la:




X’ —x’ +x+1:(3a2 —2a+1)(x—a)+a3 —a’+a+1

& (x—a)(x* +xa+d’)—(x-a)(x+a)+(x—a)=(3a’ —2a+1)(x~a)
<:>(x—a)(x2+xa+a2—x—a+1—3a2+2a—l):0
<:>(x—a)(x2+xa—2a2—x+a):0

2 x=a= A4
- 2a—-1)=0
< (x—a) (x+2a-1) C{x:—2a+l

Do x, =—1¢ —2a+1=-1<a=1= A(1;2). Chen D.

Vi dy 3: Diém M thudc dd thi ham s6 (C):y=-x’+3x’ +2 ma tiép tuyén cua (C) tai d6 c6 hé s6 goc
16n nhét, co toa do 1a

A. M(0;2). B. M (-16). C. M(1;4). D. M (2;6).

Loi gidi
Taco: k=y =-3x+6x=-3(x—1) +3<3
Tiép tuyén cia (C) c6 hé s goc 16n nhat 1a 3 khi hoanh d¢ tiép diem 1a x =1

Khi d6 M (1;4). Chen C.

2x+2

Vi du 4: Cho ham s y = ;
x_

(C). Goi 4,B 1a 2 diém phan biét trén (C) sao cho tiép tuyén tai A va B

song song v&i nhau va AB = 42 . Tinh T =04+ OB.
A. T =5. B. T =6. C.T="1. D. T =8.

Loi gidi

Goi A(a;2 +ilj,B(b;2 +ﬁ) (a,b#1,a#b).Do tiép tuyén tai 4, B song song v6i nhau nén ta co:
a_

V(@)= (b) o 4 4 @[a—l:b—l(z)jﬁbzz_
a-1=1-b

(a=1)" (b-1)

B (o) s 16(a—b)’ PSR 9 (apy| 116
Taco: AB* =(a-D) I:(a—l)(b—l):lz (a-b) {1 (ab—a—b—i—l)z} (a-b) {l ( }

- |:(a +b)’ —4ab}{1+ (ablfl)z } = 4(1—ab){1+ (ablfl)z }

< , 16 16 a+b=2
bat r=1—ab taco: 4t 1+t_2 :32<:>t+7:8<:>t:4:>ab:—3: be—3
ap=—




a=—-1=5b=3
=
a=3=b=4

Vay A(-1;0),B(3;4) hodc ngugc lai suy ra 7 =0A+OB =6. Chon B,

Vi du 6: Cho ham s y = —x+2

; (C ) Goi A,B 1a 2 diém phan biét trén (C ) sao cho tiép tuyén tai A va B
x f—

song song v&i nhau va tam gidc OA4B vudng tai O. Tinh d) dai 4B

A. AB=4. B. AB=2. C. AB=22. D. 4B =/2.

Loi gidi

Goi A(a; 4 +12J,B(b; _: +12j . Do tiép tuyén tai 4, B song song v&i nhau nén ta co:
a —_— J—

y'(a)=y'(b) = L @{a_izf_;:mb:z

(a=1) (b-1)

Mit khic AOAB vudng tai O nén: OA.OB = ab+ (2-a)(2-b) 0

(a—1)(b-1)
4—2(a+b)+ab a a=0,b=2
< ab+ =0 ab+ =0 ab=0<
ab—(a+b)+1 ab—1 a=2,b=0

Vay 2 diém can tim 13 4(2;0),B(0;-2)= 4B =22 . Chen C.

Vi dy 7: Cho ham s6 y=x’—4x+3(C). Goi 4,B 1 2 diém phan biét trén (C) sao cho tiép tuyén tai 4
va B c6 cung hé s goc va duong thiang di qua 4, B vudng goc voi duong thing d :x+5y—7=0. Tinh do
dai AB

A. AB=3. B. AB=12. C. AB=62. D. 4B =6+26.

Loi gidi

Goi A(a;a’ —4a+3),B(b;b’ —4b+3) (a#b).

Taco: y'(a)=y'(b)=3a’ =3b" < {a B bl()l)

a=—
+) Ta c6: E(b—a;b3 -a’ —4(b—a))=(b—a;(b—a)(b2 +ba+a’ —4)), Z(—S;l)
Do d6 chon a=(l;b2+ab+a2—4):>@.z=0<:>—5+b2+ab+a2—4=0<:>(a+b)2—ab=9

a=3,b=-3

sSdd=9<
a=-3;b=3

Vay 4(3;18),B(~3;-12) hodc nguoc lai suy ra 4B =6+/26 . Chon D.

Vi du 8: Cho ham s6 y=x’-3x c6 dd thi (C). Xét diém M thudc (C). Tiép tuyén cia (C) tai M cit




(C) tai diém thir hai N (M # N) thoa mén x,, +x, =—-3. Hoanh d¢ diém M la

A. 3. B. 1. C. 1. D. 3.

Lai gidi
Vi M e(C)= M (mim’=3m). Tacd y' =3x"—3——y'(m)=3m"-3.
Phuong trinh tiép tuyén cta (C) tai M 1a y—y(m)=y'(m).(x—m)
& y-m +3m=(3m’ =3)(x—m) < y=(3m’ =3)(x—m)+m' ~3m (d).
Hoanh do giao diém ctia (d) va (C) la nghiém phuong trinh x* —3x = (3m2 —3)(x—m)+ m’ —3m

<:>x3—m3—3(x—m)=(3m2—3)(x—m)<:>(x—m)(x2+mx+m2)—3(x—m):(3m2—3)(x—m)
- x—-m=0 - xX=m - xX=m - x=m
X +mx+m’—=3=3m>-3 x* +mx —2m* (x—m)(x+2m):0 x=-2m

x
Suyra{M 5 —> X, txy=m-2m=-m=-3<m=3.
Xy =—2m

Vay x,, =3. Chon A.

2x+3

Vi du 9: Cho ham sé y = ;
x_

(C). Goi 4,B 1a2 diém phén biét trén (C) sao cho A4,B d6i ximg nhau

qua dudng thang d : x+5y—11=0. Tinh tong tung do VitV

Ay, +y,=3. B.y,+y,=2. C.y,+ty,=-4. D. y,+y,=4.
Loi gidgi
I . . 2 111
Viét lai phuong trinh duong thang d: y = —gx + =

Vi 4B L (d) nén phuong trinh dudng thing AB ¢6 dang: y =5x+m
Phuong trinh hoanh d¢ giao diém cia 4B va (C) la:

x#1
g(x)sz2 +(m—7)x—m—3=0

2x+3 {
—=5xt+tm

x—1

Dé 4B cit (C) tai 2 diém phan biét < g(x)=0 c6 2 nghiém phan biét khac

I@{g(l)?&o@{—SiO (*).

A>0 (m—7)2+12(m+3)>0

Khi d6 goi A(x,;5x, +m),B(x,;5x,+m). Theo dinh Iy Viet ta cé:




, 5(x, + —
Trung diém [ cua AB: I(XH;?%; (x12 x2)+mJ hay 1(71—0’”;’%4_7)6@)

T—m Sm+35
4+ =
10

Véi m=-3 (tm)= A(0;-3),B(2;7)= y,+y, =4. Chon D.

l1lem=-3

Vi du 10: Cho ham sb y =

(C) va 2 diém C,D thudc duong thang d : y = x—4. Goi 2 diém A4, B

x+2
1a hai diém phan biét nam trén (C ) sao cho tir gisc ABCD 1a hinh chit nhat c6 duong chéo bang % bo
dai AB khi d6 thoa man
A. 4B <1. B.1<AB<%. C.%<AB<§. D. AB>§.

Loi gidi
Do AB//CD nén phuong trinh duong thang AB:y=x+m (m # 4)

x—1 X#-2

PT hoanh d6 giao diém cua AB va (C ) la: 5=
X+

@{g(—2)¢0©{3¢0

A>0 m’ —6m—3>0

x+m©{g(x):xz+(m+1)x+2m+1:0

Khi d6 goi A( +m),B( +m) tacé %+ =-ml
ido goi A(x;;x,+m),B(x,;x,+m) taco:
& . 2 xx, =2m+1

Taco: AB* =2(x,—x, )2 = 2[(xl +x2)2 —4x1x2] = Z(m2 —6m—3), AD =d(AB;CD) = |m\/+§4|
2 2 m’ +8m+16
AB* + AD* = AC* =2(x,—x,) :2[(xl+x2) —4x1x2J=2(m2—6m—3)+f
5 s |
==m’-8m+2="
2m " 2 < mz%(loai)

x, =1= A(1;0),B(~1;-2)

Véim=-1=
o L = 1= A(~1,-2),B(1;0)

Két luan: Vay 2 diém thoa man ycbt la: (1;0),(—1;—2) — AB=22. Chon D.

x_

2 . \
cO do thi (C ) . Goi [ la giao diém cua

Vi du 11: [DPé thi THPT Quéc gia 2018] Cho ham s6 y = 5
X+




hai tiém cén cta (C). Xét tam gidc déu ABI c6 hai dinh 4, B thugc (C), doan thing AB c6 do dai bang

A. 2. B. 4. C. 24/2. D. 24/3.

Loi gidgi
Giao diém cua 2 duong tiém can 1a 1 (—2; 1) 1a tam d6i xtmg ctia d6 thi ham sb.
Ham s dé cho 14 ham ddng bién, c6 2 truc ddi xtng 1a 2 dudng phan gidc cia cac dudng tiém can co
phuong trinh la y=x va y=—x.
Do tinh chit d6i ximgnén AB L d:y=-x=> AB:y=x+m
Phuong trinh hoanh d6 giao diém cua (C ) va AB la:

x=2 X#-2

—=x+m<:>{

x+2 g(x)=x2+(m+1)x+2m+220

A=(m+1) —4(2m+2)>0

Diéu kién dé 4B cét (C) tai 2 diém phan biét la:
g(—2) #0

Cer s _ ol tx,=—-m—1
Khi do6 goi la A(xl;x1 +m);B(x2;x2 +m), theo Viet ta co:
XX, =2m+2

N 5

Tam gidc ABC ludn cén tai I suy ran6 déu khi /H = TAB = d([; AB) = TAB

<:>|m—3|:£ 5

22

<:>m2—6m:15:>AB=\/2(m2—6m—7) — 4. Chon B.

(xl—xz)2 <::>(m—3)2 :3[(x1+x2)2—4x1x2]=3(m2+2m+1—8m—8)

» Dang 4: Tim diém c6 dinh va diém cé toa d9 nguyén thudc dd thi ham sé
Tim diém c6 dinh:

Goi M (x,;¥,) 1a diém c6 dinh ma do thi ham s6 y = f'(x) luén di qua.
Khi d6 y, = f(x,) bién déi phuong trinh vé dang m.[g(xo;yO )] +h(x452,)=0

g(xo;yo) =0

— Toa do diém M.
h(xo;yo) =0

Giai hé phuong trinh {

M Tim diém cé toa do nguyén:
y=r(x)
biém M(x;y) € (C) Yy = f(x) c6 toa do nguyén néu toa do diém M(x;y) thoaman < x e Z
Ve




Vidy 1: Cho ham s6 (C): y = x* + mx® —m—1. Toa d9 c4c diém c6 dinh thudc d6 thi (C) la

A. (-1,0) va (1;0). B. (1,0) va (0;1). C.(-21) va (=2;3).  D.(2:1) va (0;1).

Léi gidi
Goi M(xo;yo) 1 toa do diém c dinh cua (C) taco: y, = x; +mx, —m—1 (Ym ER)

2 —

-1=0 x, ==*1 x,=—1;y,=0

%o @{0 c{o | Yo Vay toa
xoz;yoz

ys=0

@m(x§—1)+xg—y§—120(‘v’meR)@{ .
Xy =Yy —1=0

d0 céc diém cb dinh thudc dd thi (C) 1a (—1;0) va (1;0). Chon A.

Vi du 2: Goi cac diém M, N la cac diém b dinh ma 6 thi ham s6 y = x* —3mx” +3mx —1(C) luén di
qua. Tinh d¢ dai MN .
A. MN =1. B. MN =+/2. C. MN =2. D. MN =4.

Loi gidi

Goi M(xo;yo) 1 toa do diém cb dinh thudc (C) taco: y, = X, —3mx, +3mx, ~-1(VmeR)

2 _ L _ Ly =0
<:>3m(x§—x0)+y0+l—x3:O(Vme]R)@{xo Xo O@{xo : Y,

yo+1=x3 X, =0;y,=-1

Vay M (1;0),N(0;—1)= MN =+/2. Chen B.

Vi dy 3: Cho ham s6 y = mx’ —3mx” +2(m—1)x+2(C). Phuong trinh dudng thing di qua céc diém co

dinh cua dd thi ham s6 da cho la

A, y=-2x+2. B. y=2x+2. C. y=-2x-2. D. y=-2x-1.

Léi gidi
Goi M(xo;yo) 1 toa do diém cb dinh thudc (C) ta co: y, = mx, —3mx, + 2(m —l)xo + Z(Vm € R)

x; —3x; +2x, :O(*)

@m(x3—3xg+2xo)_2xo+2_yo :O(VMER)Q{)} - Dx. +2
0= 0

Nhu vay dd thi ham s6 luon di qua 3 diém c6 dinh 13 nghiém cua hé phuong trinh (*) va 3 diém nay déu

thuoc duong thang y = —2x+2. Chon A.

Vi du 4: Biét rang d6 thi ham s6 y = x* +mx”> —m —1 ludn di qua hai diém cb dinh A va B. Tinh d6 dai
doan thang AB.
A. AB=242. B. AB=2. C. AB=1. D. AB=4.

Loi gidi

Goi M (x,;,) 1a toa do diém c6 dinh thuge (C) taco: y, = xy +mx; —m—1(VmeR)




2
-1=0 X :1’ =0

<:>m(x§—1)+xg—l—yo=0(‘v’meR)<:> xi = Yo

Xo—1=»,=0 X =—1y,=0
Khi d6 A(1;0),B(-1;0)= 4B =2.Chon B.
Vi du 5: C6 bao nhiéu thuc dd thi ham sd (C):y= 2x _12 ma toa do 12 sb nguyén?

X+

A. 2. B. 4. C. 5. D. 6.

Loi gidii

- 2(x+1)—4
Ta co: y:2x 2: (x ) :2—i
x+1 x+1 x+1

Diém c6 toa d0 nguyén khi x € Z va x+1=U(4)={£1;+2;+4}

Khi d6 c6 6 diém c6 toa do nguyén thude (C):y = 2x _12 . Chon D.
x+
Vi du 6: Goi M, N 1a hai diém thudc d6 thi ham sé y = 3% +12 (C) sao cho toa d¢ ctia chung 1 nhitng s6
X+
nguyén. Tinh d¢ dai MN
A. MN =2/2. B. MN =/2. C. MN =2. D. MN =4.
Loi gidi
3(x+1)-1

Ta co: y:3x+2 = (x ) _3_ L

x+1 x+1 x+1

L, . x+1=-1 x=-2
Diém c6 toa dd nguyén khi xeZ va x+1=U (1) = {1} = =

x+1=1 x=0
s sr .2 , N N N 2x—-2 .
Khi d6 c6 2 diém c6 toa do nguyén thude (C):y = 1 1a M (-2;4),N(0;2)
X+
Khi d6 MN =2+/2. Chon A.
, , A n Xy e 1 s Z x2+5x+15 . N A N
Vi du 7: C6 bao nhiéu thudc d6 thi ham so (C ) Ly = 3 ma toa do 1a s6 nguyén?
X+
A. 6. B. 7. C. 5. D. 8.
Loi gidai

. XX +5x+15 x*+3x+2x+6+9
Taco: y= = =x+2+
x+3 x+3 x+3




[x=-4
x=—6

Diém co toa d6 nguyén khi x € Z va x+3:U(9):{il;i3;i9} = i:;Z
x=-12
| x=6

Tir d6 suy ra c6 6 diém c6 toa d¢ 1 s nguyén thugc (C). Chon A.

, , . A A 1e1n A 3x+7 | Ay A N
Vi du 8: C6 bao nhiéu thugc d6 thi ham s6 y = ma toa do 1a s6 nguyén?

2x—1

A. 3. B. 1. C. 2. D. 4.

Loi gidgi
3(2x—1)+17
3x+7:>2y:6x+14: (2x-1) 3, 17
2x—1 2x—1 2x—1 2x—1

Taco: y=

Diém c6 toa do nguyén khi x € Z va 2x—1=U(17) = {£L;£17}

2x-1=-17 x=—8=y=1
2x—-1=-1 x=0:>y=—7 , . 2 , TS A

Suy ra = = Co06 4 di€ém co toa dg 1a s6 nguyén. Chon D.
2x—-1=1 x=1=y=10

2x—-1=17 x=9=y=2




BAI TAP TU LUYEN
Céu 1: Biét 4(0;y),B(x;1) thudc do thi ham sé y=x’+x” —1 khi d6 gid tri x+y 1a
A. —1. B. 0. C. 1. D. 2.
Céu 2: Diém nao sau day khong thudc do thi ham sé y = x* —2x* —1?
A. (-L2). B. (2;7). C. (0;-1). D. (;-2).

Céu 3: D thi ham s6 y = x> + 2mx—m+1 (m 1a tham s6) ludn di qua diém M cb dinh c6 toa do 1a

INpV{REEA] B. M (-1,0). c. m[ L2, D. M (0;1).
2°2 2°4
Cau 4: Tam ddi xtmg ctia dd thi ham s6 nao sau day cach gdc toa d6 mot khoang 16n nhat?
_2xtl B. y= =% C.y=2x-3x>-2.  D.y=-x+3x-2
x+3 1+x

a A TR J4 2x— .  n R . A ~
Cau 5: Trén do thi ham s6 y = c6 bao nhiéu diém c6 toa do nguyén?

3x+4

A. 1. B. 2. C. 0. D. 4.

A A A 11 Je 2x— , A geR , TP A
Cau 6: Trén d6 thi ham s6 y = c6 bao nhiéu di€m co toa dd la cac s6 nguyén?

3x-1

A. 4. B. Vo sb. C. 2. D. 0.

. . +10 . .2
Céu 7: Trén do thi (C) ciiahamso y = al c6 bao nhiéu diém c6 toa d6 nguyén?

x+1

A. 4. B. 2. C. 10. D. 6.
Céu 8: Do thi ciia ham s6 y =x* —3x” + mx+m (m 1a tham s6) ludn di qua mot diém M c6 dinh c6 toa do
Ia

A. M (-1;-4). B. M (1;-4). C. M(-12). D. M (1;-2).

. . . 2
Cau 9: Tim toa d¢ diém M co6 hoanh d¢ duong thudc d6 thi (C) cua ham s6 y = X+ sao cho khoang

x—2

cach tir M dén hai duong tiém cn ctia do thi (C) dat gia tri nho nhat.

A. M (1;-3). B. M (3;5). C. M (0;-1). D. M(4;3).
2
Céu 10: S6 diém co toa dd nguyén thude do thi ham sé y = 2’”—3’;”0 la:
X+
A. 16. B. 12. C. 10. D. 8.

Céu 11: Biét d0 thi (C,) ciia ham s6 y =x* —mx” +m+2018 ludn ludn di qua hai di€ém M va N c6 dinh

khi m thay doi. Toa d¢ trung diém 7 cua doan thing MN 1a
A. 1(1;2018). B. 1(0;1). C. 1(0;2018). D. 1(0;2019).



Chu 12: S6 diém c6 dinh cia d6 thi ham s6 y =x’ +(m—3)x* —(2m-1)x-3m-3 1a
A. 2. B. 1. C. 4. D. 3.

Céu 13: D4 thi ham s6 ndo dudi day c6 tm doi xtmg la diém 7(1;-2)?

2x_3 3 2
= . B. y=2x"-6x"+x+1.
Y 2x+4 Y
C. y==2x"+6x"+x—1. D. y:21_2x.
-X

—3x

Cau 14: Cho ham s6 y = ! c6 d6 thi 1a (C) Diém M nam trén do thi (C) sao cho khoang cach tor M

—X

dém tiém can dimg gép hai 1an khoang cach tir M dén tiém dén tiém can ngang cia (C ) Khoang cach tur

M dén tam dbi xtmg cua (C ) bang

A. 342 B. 24/5. C. 4. D. 5.
n P A A Lt 1a £ 2x+1 A A 1a
Cau 15: SO diém trén do6 thi ham s6 y = " co toa do nguyén la:
x_
A. 5. B. 3. C. 4. D. 2.
Cau 16: Cho d6 thi (C) ctia ham s6 y = 2x +12 . Toa do diém M nidm trén (C) sao cho tong khodng cach
x_

tr M dén hai tiém cén cta (C) nho nhét la

A. M (-1;0) hodc M (3;4). B. M (-1;0) hoac M (0;-2).

C. M (2;6) hodc M (3;4). D. M (0;-2) hodc M (2;6).

Cau 17: Goi M (a;b) la diém trén d thi ham s6 y= 2x+21 ma c6 khoang cach dén duong thing
X+

d :y =3x+6 nho nhit. Khi d6

A. a+2b=1. B. a+b=2. C.a+b=-2. D. a+2b=3.

Cau 18: 4 va B la hai diém thudc hai nhanh khac nhau ctia dd thi ham sé y=—> > Khi d6 do dai doan

x_
AB ngan nhat bang
Al B. 2. C.4. D. 8.

~ A e R A A a1 Lx ) 3x+1 \ ‘A A , , X 1t s £ A
Cau 19: Toa do diem M thudc d6 thi ham so y = " cach duong tiém can dung ctia do6 thi ham s6 mot
x —

khoang bang 1 1a
A. (0;-1);(=2:7). B. (-1;0);(2;7). C. (0;1);(2;-7). D. (0;-1);(2:7).



x—2

Céu 20: Cho ham s6 y =

1 c6 do thi (C ). Goi I 1a giao diém cua hai tiém cén cua (C). Xét tam gidc
X+

déu ABI ¢6 hai dinh 4, B thudc (C), doan thang 4B c6 d¢ dai bang

A. 243. B. 24/2. C. 3. D. 6.

Cau 21: Diém thudc duong thing d:x—y-1=0 cich déu hai diém cuc tri cia do thi ham sb
y=x-3x"+2 la:

A. (1;0). B. (21). C. (-1;2). D. (0:-1).

Céu 22: Ho parabol (P,):y=mx’—2(m-3)x+m—2 (m=0) ludn tiép xtc véi dudng thing d cb dinh
khi m thay d6i. Puong thang d d6 di qua diém nao duéi day?

A. (0;-2). B. (0;2). C. (1;8). D. (1;-8).

Ciau 23: Goi M, N la hai diém di dong trén d6 thi (C) ctia ham s6 y =—x’ +3x” —x+4 sao cho tiép tuyén

cua (C) tai M va N ludn song song v&i nhau. Khi d6 duong thing MN ludn di qua diém c6 dinh nao duéi

day?

A. (-1;5). B. (1,-5). C. (-L-5). D. (1;5).

Céu 24: Hai diém M;N lan lugt thudc hai nhanh ctia do thi ham s6 y = 3371 khi do d6 dai doan thiang

x —

MN ngén nhét bang:

A. 82. B. 2017. C.s. D. 4.

Cau 25: A4, B 1a hai diém di dong va thudc hai nhanh khéac nhau ciia d6 thi y = 2x _21 . Khi d6 khoang cach
X+

AB bé nhit 1a?

A. J10. B. 24/10. C. /5. D. 2./5.

. 1 \ . . s . L
Cau 26: Cho ham so y X5 06 db thi la (C). Goi M (x,;y, ) la mot diém bat ky trén (C). Khi tong

xX—

khoang cach tor M dén hai truc toa do 1a nho nhét, tinh téng Xy +Vy-

A 242 1. B. 1. C. 2-22. D. 2-2.



LOI GIAI BAI TAP TU LUYEN
n , |y=-1 x=1
Caul: Taco 1 , & 1:>x+y:0.Ch(,)nB.
Cau 2: Taco (2;7)¢(C). Chon B.

Cau3: Tacd y=x"+2mx—m+1=x"+1+m(2x-1)= diém c6 dinh la (%;%].Chgn C.

c6 tam ddi xing 1a (-3;2) = d =13

Céu 4: Haim sé y ==
x+3

Hamsb y =i_—x c6 tam dbi ximg 1 (~1;-1) = d =2
+X

. 1 ‘.
Hamso y=2x"-3x> -2 ¢ y'=6x2—6x:>y":l2x—6;y":0<:>x=§:>y=—§ nén c6 tdm doi xung la

(1 SJ:d:@

2’2 2

Ham sd y=—x*+3x-2 ¢ y':—3x2+3:>y"=—6x;y":O<:>x:0:>y=—2:>d=x/§. chon A.

2 Iyt d 11
n 2x—1 5( X )_? 1 11 3x+4=-11 x=-5=y=1
Caus: y= = =—|2- = .
3x+4 3x+4 3 3x+4 3x+4=1 x=—-1=y=-3
Chon B.
2 13
—(3x—1)—— _ _ _
— 3x-1=-1 =0=y=5
Ciug: y=22"2_3 3 M B o|TTTTYE
3x—-1 3x—1 3 3x—1 3x—1=-13 x=—4=y=1
Chon C.
x+1=+=1
cau7: y="1 1,9 | xi1-%3. ChonD.
x+1 x+1
x+1=29

Cau8: y=x’-3x" +mx+m=x"-3x"+m(x+1)= diém cb dinh la (—1;—4). Chen A.

. ) ) 2
Cau 9: Tiém can dung d, : x =2, tiém can ngang d, : y=1. Gia su M[a; at j

a-2
r 4 4
Ta ¢ d(M,d1)+d(M,d2)=|a—2|+|a_2| >2 |a—2|.|a_2| =4

azO(Z)

. Chon D.
a=4=y=3

Xay ra khi |a—2|:ﬁ<:>(a—2)2 =4©{
a—



[x+2=1=1
x+2=%2
2 +2=43
Cau 10: Taco y:w:2x—l+ 12 = * . Chon B.
x+2 x+2 x+2=%44
x+2=%6

| x+2=+12

x=1=y=2019

= 1(0;2019). Chon D.
x=—1=y=2019

Cau 11: y=x" —mx’ +m+2018 = x* + 2018 —m (x* —1):{

Cau12: y=x+(m-3)x’—(2m-1)x-3m-3=x —3x2+x—3+m(x2 —2x—3)

.2 =-1
Diém c6 dinh khi x° —2x—3:0<:>[x 3 Chon A.
X =

Cau 13: Véiham s y=2x"—6x" +x+1tacd y' =6x* —12x+1= y"=12x-12

Tacéy"=0< x=1=y=-2=1(1;-2) la tim ddi xtmg. chon B.

Cau 14: Tiém cin ding d, : x =3, tiém can ngang d, : y =3. Gid st M(a;1_3aj

3-a
Tacod d(M,d,)= ,d(M,dz)zﬁ
a—
= M N
Ma d(M.d)=2d(M.d,) = |a-3 = o (a-3) =16| 7 (7:5)
|a— | a:—1:>M(—l;1)

Tam dbi xtng 1 (3;3) = d =2+/5 . Chon B.

Caul5:Taco y=

-1=+1
2er1:2+i:> g . Chon C.
x—1 x—1 X 3

2a+2

Céu 16: Goi M(a; J (a=#1) thuge dd thi (C).

a-1
Do thi ham sd o tiém can dimg x =1 va tiém cdn ngang y=2.

_[2a+2
|a 1

4
a1

Téng khoang cach tir M dén hai duong tiém can la: d = |a 1|+| 4 | >2 |a 1| | | =4.
\f a—

Taco: d(M;x=1)=

Ad(Miy=2)= 2‘:

. , 2 a=3 M(3:4)
Dau bang xay ra <:>|a—1|=| 1|<::>(a—1) =4 1:> ( 10).Ch(.)nA.
a— a=- -1
Céu 17: Goi M(a; 2a +21j (a#-2) thuge o thi (C).
a+



2a+1
3a- 2+6‘
Khoang cach tir M dén d :y=3x+6 la: d(M:d :3x-y+6=0)=—LZ
32 +(-1)
1 2a+4-3| 1
=—[3a+6- = 3(a+2)+ =7
\/ﬁ‘ a+2|\/ﬁ‘( )a+2 ‘

- 2
Taco: |3(a+2)+ >43(a+2). =36 (Bét déng thic (x+ )’ > 4x
i ( ) a+2} ( )a+2 ( g ( y) V)
3
3(a+2)+ >6
Do d6 3(a+2)+ 5 >6=> a;rz
@t 3(a+2)+——<—6
a+?2
Suy ra 3(a+2)+ -2 24:>dmin=i.
a+?2 V10
P s 2 a=-3=>b=5
Déu bang xdyra <> a+2 = o (a+2) =1= = a+b=2.ChonB.
a+?2 a=—-1=>b=1
-2)+2
Cau 18: Taco: y = al :(x ) =1+L
x—2 x—2 x—2

Puong tiém can ding cuia do thi hamsola x =2.

Goi A(xl;yl),B(xz;yz) 1an luot 13 2 diém thudc 2 nhanh ciia (C) taco: x; <2<x,

2
n=1-—
Pt x, =2-a,x, =2+b (a,b>0) = ‘;:ABZ =(x-x,) +(n-»)
¥, =1+—
b

(a+b)2 > 4ab A
Ta co: 4 4 4 = AB* >4ab.— =16 = AB>4.

l+——>2 == ab
a’b? a’b*  ab
a=>b
Dau bang xay ra < { 2 <:>a=b=\/§.Ch(.)nC.
ab
3a+1

Céu 19: Goi M(a; j (a #1) thudc dd thj ham so.

a—1



Db thi ham s6 ¢o tiém can dimg1a A:x=1.
a=2 {M(zﬂ)

= . Chon D.
a=0 M(O;l)

Ta co: d(M;A):|a—1|:1<:>{

Céu 20: Giao diém cua 2 duong tiém can 1a / (—1;1) 1a tm ddi xtmg ctia do thi ham sb.

Ham s6 d3 cho 1a ham ddng bién, co 2 truc ddi xung 1a 2 dudng phan gidc cua cac dudong tiém can co
phuong trinh la y=x va y=—x.

Do tinh chét d6i ximgnén AB 1 d:y=—-x=AB:y=x+m

x=2 x#-1

x+1

Phuong trinh hoanh d6 giao diém cua (C ) va AB la: =x+m< {

g(x):x2+mx+m+2:0

A:m2—4(m+2)>0
g(—l):3¢0

(*)

Diéu kién dé 4B cit (C) tai 2 diém phén biét 1a: {

o _ [ +x,=-m
Khi do goi A(xl;x1 +m);B(x2;x2 +m), theo Viet ta co:
XX, =m+2

N 5

Tam gidc ABC ludn cén tai I suy ran6 déu khi /H = TAB = d([; AB) = TAB

@%z?,ﬂ()ﬁ —x2)2 = (m—2)2 =3[(x1 +x2)2 —4x1x2} :.’a(m2 —4m—8)

o m —4m:14:>AB:\/2(m2—4m—8) —2./3. Chen A.

la hai diém cuc tri

. x=0 A(0;2
Cau 21: Xét ham s y =x° —3x° +2 ta co: y’=3x2—6x=0<:>{ :{ ( )

x=2 | B(2-2)
ctia d6 thi ham s6 y = x* —3x” +2
MA = +(t-3)

MB = (t-2)" +(t+1)’

= MA=MB < 2t> —6t+9=2t*-2t+5

Goi M (t;6-1)ed =

& 4t=4<t=1=M(1;0). Chen A.
Cau 22: Gid st (P,):y=mx’—2(m-3)x+m-2 (m#0) luén tiép xGc v6i duong thing
d:y=ax+b

. mxz—Z(m—3)x+m—2=ax+b o
Khi d6 h¢ phuong trinh dang voi moi m.
2mx—2(m—3) =a



Xét phuong trinh 2mx—-2m+6=a < m(2x—2)+6=a ding v4i moi m <:>{

Thé vao phuong trinh dau cia hé ta dugc: m—2(m—3)+m—-2=6+b=b=-2.

Vay ho parabol da cho ludn tiép xtic véi dudng thang d : y = 6x—2 tai diém (1;4).

Khi d6 d di qua diém (0;—2). Chen A.

CAu 23: Goi M(a;—a3 +3a° —a+4),N(b;—b3 +3b° —b+4) (a#D).

Tiép tuyén tai M va N song song véi nhau khi

V'(a)=y'(b)(a#b)= -3a* +6a—1=3b" +6b-1

©3a* =30 -6(a-b)=0<3(a-b)(a+b)-6(a—b)=0<3(a-b)(a+b-2)=0(*)
Doa#b=(*)<a+b=2

Suyra y,, +yy :—(a3 +b3)+3(a2 +b2)—(a+b)+8

:—(a+b)(a2—ab+b2)+3(a2+b2)—2+8:—2(a2—ab+b2)+3(a2+b2)+6=(a+b)2+6:10

X, +x,=2=2x .
3{ M v :>U(1;5) ludn la trung di€m cua MN .

Yutyy=10=2y,
Tinh chit: Goi M ,N 13 hai diém di dong trén dd thi (C) ciaham sé y=ax’ +bx> +cx+d (a # 0) $ao

cho tiép tuyén cuia (C ) tai M va N ludn song song v6i nhau thi MN luén di qua diém u6én. Chen D.

-1 3(x-3)+8
Cﬁu24:Tacé:y:3x 1: (x ) :3+i
x-3 x-=3 x=3
Puong tiém cén ding cia dd thi ham s6 14 x = 3.
8
Y1:3_Z , )
bit x, =3-a,x,=3+b(a,b>0)= 8:>MN2=(xl—x2) +(3—»,)
y2:3+z

2
:(a+b)2+64(l+lj :(a+b)2 1+ 642 .
a b (ab)
(a+b)224ab 6
1+ 2.2 >2 2.2 1 ab
ab ab ab




a=>b
Dau bang xay ra < { 8 <:>a=b=2\/§.Ch(_)n C.

E:
2x-1_2(x+2)-5 5

Cau 25: y = = =2-
x+2 x+2 x+2

Puong tiém can ding cuia do thi hamsola x =2.
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