TAI LIEU HOC TAP TOAN 12 - CHAT LPO'NG BAI GIANG: TOA DO KHONG GIAN OXYZ

CHUONG III: TOA PO TRONG KHONG GIAN

Dang toan 1. CAC VAN PE CO BAN VE HE TRUC TQA PQ OXYZ

A - PHUONG PHAP GIAI TOAN
1- Hé truc Oxyz: Gc toa do 0(0; 0;0) :

x,, : hoanh do

* Piém M(xM;yM;zM) trong d6: <y, : tung do

z,,: cao do

OM =w,i +y,J+2,k

* Truc toa do:

[TrucOox:[ly=0 [ TrucOy:[iy =t e R[ Truc Oz:[{y =0
z=20 z=20 z=teR

* Mit phang toa dé:

Mp(Ory): = — 0 MpOR=) )y~ 0 [Mpyakle —0

2- Cac phép toan: Cho cac vecto E(al;aQ;ag); 5<b1;b2;bg); ke R.

i+b= 5(@1 +b;a, +b,;a, +b3). kd = (kal;k%;kag).

ab =a.b +a,b, +a,b, (Tichvo hweng) 3] = \/(al )+ (a,) +(a,) -

3- Hé qua: A(xA;yA;zA); B(a;B;yB;zB); C(mo;yc;zc).

ﬁ - (xB “TpYp T Yk T ZA) = AB = ‘E‘ - \/<$B a xA)Q + <yB - yA>2 + (ZB - ZA)Q

T, —kr,

r, =-—-4+—->=8
v Tk
y . 7 : — —k

Diém M chia doan thing AB theo i s6 & (k= 1) & MA = kMB oy, = 4—lr

B :zA—k:zB

M1k

H¢ qud 2: Cong thuc trong tam: G(z,;y,;2,) cua tam

H¢ qud 1: Cong thte trung diem: I(z;y,;2,)
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xI:$A+xB xG:xA+:L'B+:BC
2 3
cﬁadoanABHy]:% giéCABC.<yG:yA+y;+yC
zI:ZA+ZB ZG:zA—I—zB—I—zC
2 3
4- GOc giira hai vecto: 6(al;a2;a3); Z;(bl;bQ;b3>.
. a ab b +ab, +ab
GO'QO:(L_Z',b)LﬁCd(') COSSO: ab — a11+a’22+a33

BB o) + (@) +(a] o (0) + () + 0.
* Pac biét: ilbedb=0s ab +ab, +ab, =0

5- Piéu kién dé hai vecto @ (al;%; a3); g(bl;bz;b3) cung phwong:

— kb
. - E ! a a, a, =~
ke R\{0}: @ =kb ¢ {a, = kb, hay b=t =% nOu bbb, =0
a3:kb3 1 2 3

6- Tich ¢6 hwdng cia hai veto: 5(@1;%;@3); 5<bl;b2;b: ) :

* Cong thire: ( Quy tac: 2-3; 3-1; 1-2)

ala;a;a
(,,) R T L I A N
E(bll;b;bj =7 =[af]= bbb, bl b,

=lab, —ba,ab —ba;ab —ba
273 172

27377371 37177172

e Tinh chat:

AN AN
8! 8l
ol o
& 5
%» 0Q
e X
o
=
%(q S
@ OE
o sl
a8 =Y
Sl

|| ol
e

-1
|

7- Mt s6 cong thirc can luu y: B
= Dién tich tam giac ABC: c
== 7= A
8 e = EHAB,ACH
D c
- Dién tich ciaa hinh binh hanh ABCD la s — ‘[AB,AD”/
A B
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= Thé tich hinh hop ABCD.A’B’C’D’:
VABCD.A'B'C'D' = HE’E]E
= Thé tich tir dién ABCD:

v

_1
ABCD 6

‘ AB, E} AD| (= %chié‘u cao. S day)

B - BAI TAP MAU

Tinh goc gitta vécto a va b trong cac truong hop sau:

a) a=(431), b=(-1;23). b) a=(254), b=(6,0-3).

Q) a=(21-2), b=(0;—2:2). d) a=322V3), b=(32v3;-1).

Tim vécto v trong cac treong hop sau:

a=(2-13), b=(L-32), c=(32-4)

a=23-1), b=(L-23), c=(2-11)
an=—5 wb=—11, wc=20

by 1L 0 .

a) 5
vula wlb wuc=-6

) a=@231), b=(1-2-1), c=(-243) d) a=(7:23), b=(43-5), c=(LL-1)

C N N N . N o N N .
au=3, bu=4, cu=2 au=-—5 bu=-7 clu

\_ _J
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—

Cho hai vécto a va b. Tim tham s& m trong cac truong hop sau:

) 0= (Lm;—1), b=(213) b ;=(1;10g3 5m), g=(3;10g5 3;m)

a) 1- - . Lo .
alb a Lb

) a=(3-21), b=(2L-1) 4 a=(3-21), b=(2L-1)

C RN N IR N N N R 1. N RN N N N R
u=ma—3b, v=3a+2mb, u L v u=ma—3b, v=3a+2mb, ullwv
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52(1;2; 3)
a) -

b=(—4;12)

a=3i+2j—k
c) 1- - o o

b=—i—3j+k

b)

d)
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~
Cho ba vécto a, b va c. Tim tham s6 m hodac m, n dé€ ¢ =

a, b

trong cac truong hop sau:

) a=(3-1-2), b=(2m), c=(5L7). b)a=(6-2m), b=(5m-3), c=(6:3310).

) a=231), b=(546), c=(min1).

d) a=(0:Lm), b=Fm—4), c=(0;-3n).

. J
Tim tham s8 m dé€ba vécto a, b va ¢ dong phang trong cac treong hop sau:
a) a=(2-12), b=(m;3-1), ¢ = (1;21). b) a=(1;2;3), b=(21Lm), c=(Zm;1).
o a=(1-32), b=(m+1Lm—21—m), c=(0;m—2;2).
g J
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Cho ba diém A, B, C.Traloi cac cau hoi sau ddi voi ting cau a/,b/,... \

e Chung td ba diém A, B,C tao thanh mot tam giac va tim trong tam ctia tam

gidc nay ?

e Tim toa dd diém M sao cho: AM +2BA =3CM ?

e Xac dinh diém D sao cho ABCD la hinh binh hanh va tim toa d6 tam I ciand ?
Tinh chu vi va dién tich ctia hinh binh hanh ?

e Tinh cac sd do cac goc trong AABC ? Tinh dién tich AABC ? Tinh d¢ dai duong

cao ?
a/ A(1;2:3), B(2-21), C(-1-2-3) b/ A(L2%-3), B(0;37), C(1250)
o/ A(3-12), B(L2-1), C(-L5-3) d/ A(4;2;3), B(-21-1), C(3;87)

BAI LAM
al A(1;2;3), B(2;—2;1), C(—l;—2;—3)
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l Bai 8 !
Chobdn diém A, B, C, D. Traloi cac cau hoi sau d6i véi tung cau a/,b/,... \

e Chung minh A, B, C, D labon dinh cta t¢ dién d6 ? Tim toa do trong tam
cua tir dién ? Tinh thé tich cua t& dién nay ?
e Tinh goc tao boi cac canh d6i dién cua ti dién ABCD ?
e Tinh dién tich tam gidc BCD ? Tt d6 suy ra dwong cao t dién vé tir A ?
e Tim toa do hinh chiéu vudng goc H ctaa diém D trén mp(ABC) ?
e Tim di€m M sao cho: MA +2MB —2MC +3MD =0 ?
a/ A(1,0;1), B(-1,1;2), C(-1,1,0), D(2;,-1;-2).
b/ A(2;5;—3), B(l;O;O), C(3;O,'—2), D(—3;—1;2).
¢/ A(1,0;0), B(0;1,0), C(0;0;1), D(-2;1;-1).
d/ A(1;1;0), B(0;2;1), 0(1;0;2), D(1;1;1).

BAI LAM
a A(1;0;1), B(-1;1;2), C(-1;1,0), D(2;-1;-2).
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Bai 9
Cho hinh hép ABCD.A'B’'C'D’ . Tra 10i cac cau hoi sau cho d6i véi tiing cau a/, b/,......

e Tim toa d0 cac dinh con lai ?
e Tinh thé tich ctia hinh hop da cho ?
a/ A(0;0:1), B(0;21), D(3;0;1), A’(0;0;0).
b/ A(0;2;2), B(o;l;z), 0(—1;1;1), 0’(1;—2;—1)
¢/ A(2;5-3), B(1,0;0), C(3;0;-2), A'(-3;-1;2).
d/ A(L0;1), B(2:1;2), D(1;—11), C"(4:5—5).
. (o) 22) D(s-13) (159 )

BAI LAM
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al A(0;0;1), 3(0;2;1), D(g;o;l), A’(o;o;o).
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Cho t dién ABCD véi A(2; 1;—1), 3(3; 0;1), C (2;—1;3) va D € Oy. Biét thé tich cua t& dién
ABCD bang 5 (dvtt). Tim toa dd dinh D ?

Cho céc diém: A(LL—-1), B(20;0), C(0;1), D(0;1;0), §(L:1;1).

a/ Chirng minh: ABCD la hinh chit nhat? b/ Chtng minh: S ¢ (ABCD) ?
¢/ Tinh thé tich khdi chép S.ABCD ? Suy ra khoang cach tir S dén mat phang
(@):z+y+2+1=0,72

C— BAI TAP TRAC NGHIEM
Caul. Trong hé toa do Oxyz cho cac vecto a =(1;2;3);b =(—2;4;1); ¢ =(—1;3;4). Vecto

v =20 —3b+5¢ c6toa dd Ia:
A.(7; 3; 23) B.(7; 23; 3) C.(23 7; 3) D.(3; 7; 23)
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— - -

Cau 2. Trong khdng gian Ozyz cho ba vecto ;(1;—1;2),5(3; 0;—1),2(—2;5;1), vecto m=a+b—c CO
toa do la

A. (6;—6:0). B. (—6:6:0). C. (6:0;—6). D. (0;6;—6).

Cau 3. Trong khong gian Oxyz, cho ba vecto ;: (1;2; 3),3 = (—2;0;1),2 =(—10;1). Tim toa do cua

vecto n=a-+b+2c— 31

A n=(~62:6). B. n = (6:2-6). C. n=(0:2:6). D. n=(~6:2-6).

Cau4. Trong khong gian Oxyz, cho a — (5;7;2),5 = <3; 0;4),2 = (—6; 1;—1). Toa do cua vecto
n =50+ 6b + 4¢ — 3 Ia:

A.n = (16;39;30) B.n = (16;—39;26) C.n=(-16:3%26)  D.n = (16;39;~30)

Cau 5. Trong khong gian véi hé toa do Oxyz cho ba vecto a = (5;4;—1), b= (2;—5;3) va ¢ thoa hé
thac @ +2¢ =0 . Toadd @ Ia:

A.(—3;—9;4) B.[i;g;—Q]

Cau 6. Trong khong gian véi hé truc toa do Oxyz cho cac vecto ; = (1;1 — 2); l7 = (—3; 0;—1) va diém
A(0;2:1) toa d diém M thoaman: AM =24 —b 1a:

A.M(—5;1;2) B.M(3;—2;1) C.M(1;4;—2) D.M(5;4;—2)

Cau 7. Trong khong gian véi hé toa do Oxyz, cho vecto E = 3(Z+ 43) — 21_5 + 5} . Toa d6 cua diém A
la

A.(3,-2,5) B.(—3,-17,2) C.(3,17,—2) D.(3,5,—2)

- —

Cau 8. Trong khong gian vai hé toa do Ozyz cho tam giac OAB cé 074 :Z_; , OTB = 2;+j—k
Toa 00 trong tdm G cua tam giac OAB c6 toa 66 la:

A G é;0;—l B. G 1;();—l C.G(3;0;—1) D. G l;();—l
2 2 3 3 3
Cau 9. Trong khong gian Ozyz cho 3 diém A, B,C thoa:

- - -

O—A = 2;4—;—3%; @ :;+2;+%; % = 324—2}—% Véi i 5; k la cac vecto don vi. Xet
cac ménh deé:

(1) AB=(-114) ; (1) AC=(112)
Khing dinh nao sau diy dung?

A. Ca (I) va (II) déu dung B. (I) dang, (IT) sai
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C.Ca (I) va (II) déu sai D. (1) sai, (I) ding

Cau 10. Trong khong gian véi hé toa d6 Ozyz, cho 3 diém A(3; 1; 1), B(7; 3; 9), C(2; 2; 2) . Tim toa do
trong tdm cua tam giac ABC:

A. G(6;3:6) B. G(4;2:4) C. G(—4-3-4) D. G (43;—4)

Cau 11. Trong khong gian Ozyz cho tam gidc ABC vé6i A(1;—4;2), B(—3;2;1),C(3;—1;4) . Khi do trong
tdm G cua tam giac ABC la:

A G l;—1;Z B. G(3;—9;21) C.G l;—1;Z D. G l;—l;Z

3 3 2 2 4°5
Cau 12. Trong khong gian Ozyz cho vecto 5 —i- ; + 22, do dai vecto o la:

A 6. B. 2 C. 6. D. 4

Cau 13. Trong khong gian Ozyz cho hai diém A(1;2;0>, B(l; 0;—1). Do dai doan thiang AB bang?
A.2 B. 2 c.1 D. 5

Cau 14. Trong khong gian Oxyz, khoang cach giita hai diém M(l;—l;\/g) va N(\/E; \/E,\/g) bang
A MN =4 B.MN =6 C.MN =332 D.MN =45

Cau15. Trong khong gian Ozyzcho ba diém A(l;();—3>,B(2;4;—1),C(2;—2;0). b6 dai cac canh
AB,AC,BC cuatam giac ABC lan luot 13

A. V21,414,437 B. V11,314,437 C. V21,4/13,/37. D. \21,413,4/35.

Cau 16. Trong khéng gian Oxyz, cho A<2;—1;6>, B(—B;—l;—4), 0(5;—1;0). Tam giac ABC' la:

A.Tam giac thuong B.Tam giac can C.Tam giac déu D.Tam giac vubng

Cau 17. Trong hé truc Oxyz , M’ 1a hinh chiéu vuéng goc caa M<3, 2,1) trén Ox thi M’ cd toa d¢ la:
A.(0,01) B.(3,0,0) C.(-3,0,0) D.(0,2,0)

Cau 18. Trong hé truc Oxyz choM(3, 2, 1) . Goi A, B, C lan luot 13 hinh chiéu caa M trén céc truc O,
Oy, Oz. Téng cac toa do cua 3 diém A, B, C la:

A.6 B.12 C.18 D.3

Cau 19. Trong hé truc Oxyz choM(B, 2,1) . Goi A, B, C lan luot 1a hinh chiéu caa M trén cac mit Oxy,
Oyz, Ozx. Téng cac toa d6 cua 3 diém A, B, C la:

A.6 B.12 C.18 D.24

Cau 20. Trong khéng gian Oxyz, cho diém M(3; 3; —3). Goi A, B, C lan luot 1 hinh chiéu cua M trén cac
truc Ox, Oy, Oz. Khang dinh nao sau ddy ding?
A.AABC la tam giac vudng tai A B.AABC la tam giac vuéng tai C

C.AABC la tam giac vubng can D.AABC la tam gi4c déu
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Cau 21. Trong khong gian Oxyz, khoang céch tir diém M (2;5;4) dén mat Oxy bang
A5 B.4 C.5 D.3v2
Cau 22. Trong khéng gian Oxyz, khoang cach tir diém A(3;3;—4) dén truc Oy bang
A5 B.4 C.5 D.3v2

Cau 23. Trong khong gian véi hé toa d6 Oxyz cho hai diém M(2;—4;5). Tong khoang céach tir dén cac
mat phang toa d6 bang:

A.3 B.11 C.45 D.3v5

Cau 24. Trong khéng gian véi hé toa d6 Ozyz, cho diém M(2;—5;4). Trong céc phat biéu sau, phét biéu
nao sai:

A.Toa do diém M' dbi xang voi M quatruc Oy 1a M(—Q;—S;—4).

B.Khoang cach tir M dn truc Oz bang J29.

C.Khoang cch tir M dén mt phang toa (¢0z) béng 5.
D.Toa do diém M' dbi xang véi M qua mit phing (yOz) la M(2;5;—4).

Cau 25. Trong khong gian Ozyz cho diém M (—2;5;0), hinh chiéu vuong géc ciia diém M trén truc Oy
1a diém

A. M’(0;5;0). B. M'(0;-5;0). C. M'(2;50). D. M’(—2;0;0).

Cau 26. Trong khong gian Ozyz cho diém M(1;2;—3), hinh chiéu vudng goéc cua diém M trén mat
phing (Og;y) 1a diém

A. M'(1,2;0). B. M'(1;0;—3). C. M'(0;2-3). D. M'(1,2;3).

Cau 27. Trong khong gian voi hé toa do Oxyz. Tim khoang céch giita hai diém M(2;1;—3) va
N(4;-5:0) ?

A. 5 B. 6 C.7 D. 8

Cau 28. Trong khdng gian véi hé toa do Oxyz, cho tam giac ABC véi M la trung diém cua canh BC va
A(1;,-2;3),B(3;0;2),C (~1;4;—2). Tim toa d¢ ciia vecto AM ?

A (2-2;2) B. (0;—4;3) C.(0;4;-3) D. (0;8;—6)

Cau 29. Trong khong gian Oxyz, cho bén diém A(1;0;2), B(—2;1;3), C(3;2;4), D(6;9;—5). Hay tim toa
d6 trong tdm cua tr dién ABCD?

A (—2;3;1) B. (2;—3;1) C. (2;3;1) D. (2;3;,—1)

Cau 30. Trong khong gian Ozyz, cho A(O; 1;4)vaB<—2; 3;1). Tim toa d6 diém M ddi xtiing véi B qua
A?
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A.<2;—1;7) B. (—2;2;—7) C. (—1;2;5) D. (—2;2;—3)

Cau 31. Trong khéng gian vai hé toa dd Oxyz, cho ba diém A(1;0;—2), B(2;1;—1) va C(1;—2;2). Tim
toa do diém M sao cho AM = 2AB +3BC + OM?.
7 9 79

79
A. (-:0,0) B-(O;—E;E) C'(E;O;_? D'(O;_?_E)

Cau 32. Trong khdng gian véi hé truc toa do Oxyz cho toa do 4 diém A(2;O;0);B(O; 2;0); C(O; 0;2) va

D (2; 2 2) , M ; N lan Iuot 1a trung diém cua AB va CD. Toa do trung diém | caa MN I&;

A.I[%;%;l] B.1(110) C.I(L-1;2) D.I(1;1;1)

Cau 33. Trong khong gian véi hé toa dd Ozyz cho bén diém A(1;0;0), B(0;1;0), C(0;0;1) va D(L;1;1).
Goi M, N lan luot 14 trung diém cua AB va CD . Toa do trung diém G cua MN la:

¢2.2.2 6 c[LLL cotll EREI
333 222 44 4

3'3°3
Cau 34. Trong khong gian Oxyz, cho hai diém A(Z;—2;1>,B(3;—2;1> . Toa d6 diém D ddi xtng voi B

qua A la:
A. D(1;2;1) B. D(L;—2;—-1) C. D(-1;2,-1) D. D(1;—2;1)

Cau 35. Trong hé toa do Oxyz cho diém M (3; 1; —2) . Diém N déi xting véi M qua truc Ox c6 toa do 1a:
A. (=312 B. (—3;—1—2) C. (3;1;0) D. (3;—12)

Cau 36. Trong khéng gian Ozyz , cho diém M(3;2;—1), diém d6i xting cua M qua mat phang (Omy) la
diém
A. M’(3;2;1). B. M’(3;—2;—1). C. M’(3;—2;1). D. M’(3;2;0).

Cau 37. Trong khodng gian Ozyz cho diém H(2; —1; —3). Goi K 1a diém d6i xuang cia H qua géc toa do
0. Khi d6 d¢ dai doan thang HK bang:

A. 56 B. V12 C. 12 D. V56

Cau 38. Trong hé toa d6 Oxyz cho tam gidc ABC vai A(—3;2;—7);B(2;2;—3) ; C(—3;6;—2>. Piém
nao sau day la trong tdm cua tam giac ABC

Ly

A.G(—4;10;_12) B.G[3 —id 4 10

C.G(4;—10;12) D.G[—g,?;—zl]

Cau 39. Trong khong gian Oxyz, cho A(L; 0;—3),3(—1;—3;—2),0(1; 57). Goi G la trong tam ciia tam
giac ABC. Khi d6 do dai cua OG la
A3 B.1 C.3 D.9
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Cau 40. Trong khong gian Oxyz, cho bén diém A(l, 0,0);B<0, 1,0);0(0, O,l);D(l, 1,1) . Xac dinh toa d6
trong tam G cua tir dién ABCD

NEES! a2.22 NER e
222 333 4 4 4 333

Cau 41. Trén céc truc toa do Ox, Oy, Oz lan luot liy 3 diém A, B, C sao cho tam giac ABC nhan diém
G(1; 2; 1) 1am trong tdm. Téng cac toa do cua 3 diém A, B, C 1a:
A.4 B.8 C.12 D.16

Cau 42. Trong khong gian Oxyz, cho cac diém A(3; O;4),B(1;2;3>,C(9;6;4) la 3 dinh cua hinh binh

hanh ABCD. Toa d6 dinh D la;
A.D(11;4;5) B.D(1—4—5) C.D(15,—4;5) D.D(11;4;-5)

Cau 43. Trong khéng gian Oxyz, cho hinh binh hanh ABCD véi A(1;1;3>, B(—4; 0;2>, C(—1;5;1).
Toa do diém D la:
A.D(4;6;4) B.D(4;6;2) C.D(2;3;1> D.D(2;6;2)

Cau 44. Trong khong gian véi hé toa dd Oxyz cho ba diém M(1;2;4), N(2;—1;0), P(—2;3;—1). Dé t
giac MNPQ la hinh binh hanh thi toa d6 dinh Q la:

A.Q(-12:1) B.Q[—;;B;E

5 C.Q(—3;6;3) D.Q(3;—6;—3)

Cau 45. Trong hé toa do Oxyz cho 2 diém A(1; 2; -3) va B(6; 5; —1). Néu OABC Ia hinh binh hanh thi
toa do diém C la:

A. (-5-3;-2) B. (-3;-5;-2) C. (3;5;-2) D. (5;3;2)

Cau 46. Trong khbng gian véi hé truc toa d6 Oxyz cho hinh binh hanh ABCD véi A(O; 1;—2);3(—1; ();0);
C(0;3;1). Toado dinh D la;

A.D(-L41) B.D(2-13) C.D(-21;3) D.D(1;4;-1)

Cau47. Trong khong gian toa do Owyzcho ba diém A(—122),B(0;1;3),C(~3;4,0). Dé tir gidc
ABCD 1a hinh binh hanh thi toa d6 diém D 13
A. D(-45-1). B. D(45-1). C. D(—4-5-1). D. D(4;-51).

Cau 48. Trong khdng gian véi hé toa d6 Ozyz, cho ba diém M(l; 0;0), N(O;—Q;O) va P(O; 0;1). Néu
MNPQ 13 hinh binh hanh thi diém Q c6 toa dd la:
A (-1,21) B. (121) C. (-21;2) D. (~2;3;4)

Cau 49. Trong khdng gian Ozyz, cho hinh binh hanh OADB c6 OA = (~1;1,0), OB = (1;1;0) (O la
g6c toa do). Khi d6 toa do tam hinh hinh OADB la:
A. (0;1;0) B. (1;0;0) C. (1;051) D. (1;1;0)
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Cau 50. Cho hinh hop ABCD.A’B’C’D’, hiét  A(1;0;1), B(2;1;2), D(1;—1;1) vaC'(4;5;—5).Tim toa do

dinh A’ ?
A . A'(—2;1;1) B. A'(3;5;—6) C.A'(5;—10) D. A4'(2;0;2)

Cau51. Trong hé toa d6 Oxyz cho hinh hop MNPQ.M’N’P’Q’ c6 M(1;0;0) N(2;-1;1) Q(0;1;0)
M’(1;2;1). Biém P’ ¢6 toa do:

A. (3;1,0) B. (1;2;2) C. (0;3;1) D. (2;1;2)

Cau 52. Cho hinh hgp ABCD.A’B’C’D’, biét A(1;0;1), B(2;1;2), D(1;—1;1), C'(4;5;—5).Tim toa do

dinh A’ ?
A. A'(-211) B. A'(3;5;,—6) C. A'(5;—1,0) D. A'(2;0;2)

Cau 53. Trong khéng gian Oxyz, goc gitta 2 vecto ; = (2;5; 0),5 = (—3;7;0) la:
A. 30" B. 45" C.60’ D.135"

Cau 54. Trong hé truc Oxyz , cho ba diém A(—Q, 1,0), B(—3, 0,4), C((), 7,3). Khi do , cos(ﬁ,?d)

bang:
NRE 5 T2 c 14 p._ 14
3118 3v/59 57 J57
Cau 55. Trong hé truc Oxyz , cho ba diém A(~2,1,0), B(-3,0,4), C(0,7,3). Khi d6 , géc BAC Ia
goc:
A. nhon B. tu C. bet D.(°

Cau 56. Trong khdng gian Ozyz , cho ba diém A(21:4), B(~2;2:6),C(6;0,~1). Khi d6 ABAC bing:
A. —67 B. 65 C. 67 D. 3
Cau 57. Trong khdng gian véi hé toa do Oxyz, cho ba diém A(3;2;1),B(—1; 3;2);0(2;4;—3). Hay tinh

tich v6 huong cia ABAC ?
A.10 B. —6 C. -2 D.2

Cau 58. Trong khong gian Oxyz, cho hai vecto ;(4;—2;—4),5 = (6;—3;2) thi (25 — 31:) (:z + 25) cé gia
tri la:
A.200 B. V200 C. 200° D. +200

Cau 59. Trong khong gian véi hé toa @ Oxyz, cho ; = (:5;2;1),; = (2; 1;2) .Tim x biét cos(z,;) = %

1

Az = B. z = C.gr::E D.z=
2 4

1 1
2 3

Cau 60. Trong khong gian Ozyz , goi ¢ la goc gitra hai vecto o VA g,véi a va b khac 6,khi do cosyp
bang:
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ab
B. =T
.1b

a

_}a.b —a.b . D. a+b

Qa

A. C.

| -

b

—

a

—|

b

—

a

—|

b

Cau 61. Trong khéng gian Ozyz , goi ¢ la goc gitra hai vecto 2(1;2;()) va 3(2;0;—1), khi d6 cosp

bang:
A.z. B. 0 C.l. D. _2_
5 J5 5
Cau 62. Trong khéng gian Ozyz, gié tri cosin cua goc gitra hai Véctor; = (4;3;1) va Z: (0;2;3) la:
A. @. B. @ C. @ D. Két qua khac.
26 26 26

Cau 63. Trong khdng gian véi hé toa do Oxyz, goc tao boi hai vecto a = (—4;2;4) va
b= (2\/5;—2\/5;0) la:

A. 30°. B. 90" C. 135" D. 45°

P

Cau 64. Trong khong gian Ozyz cho ba diém A(—1;—2;3), B(0;3;1),C(4;2;2). Cosin ciia goc BAC' la

B. 2. C p. —?

9 9
A —. L — L
235 V35 235 V35
Cau 65. Trong khdng gian Ozyz cho ;(1;1;1) va ;(O;l;m). Pé gc giita hai vecto u,v c6 s6 do bing

45° thi m bang

A 2443, B. 4+4/3. C.1+43. D. 3.

Cau 66. Trong khong gian voi hé toa dd Oxzyz cho 3 diém M(2; 3;—1), N(—l; 1;1), P<1;m — 1;2). Véi

gi& tri nao cua m thitam giac MNP vubdng tai N ?
A.m=3 B.m=2 C.m=1 D.m=0

Cau 67. Trong khong gian véi hé toa d6 Oxyz, cho a = (1;2;3),b = (—2;3;—1). Két luan nao sau day
dang?

A atb=(-152) B.a—b=(3-L-4) Cb-a=(3-54) D. ab=3

Cau 68. Trong khong gian Oxyz cho ba vecto 0= (—=11,0), b= (11 0),2 = (1;1;1) trong cac ménh dé

sau, ménh dé nao sai?

A blc B.bla C.

a

c

=2 D. || =3

Cau 69. Trong khong gian Ozyz, cho 2 diém B(1;2;—3),C(7;4;—2). Néu E la diém théa min dang thic
CE = 2EB thi toa do diém E 1a
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A §;3;—§ . B. 3;§;§ . C. 3;3;—§ . D. 1;2;l
3 3 33 3 3

Cau 70. Trong khong gian Ozyz cho A(-1;2;3); B(0;1;-3). Goi M 1a diém sao cho m:ZQ khi do toa
do diem M la.

A. M(3;4;9) B. M(—3;4;15) C. M(1;,0;—-9) D. M(—1,0;9)

Cau 71. Trong khong gian véi hé truc toa dd Ozyz cho ba diém A(1;2;—1), B(2;,—1;3),0(-2;3;3). Tim

toa d6 diém D la chan duong phan giac trong goc A cua tam giac ABC
A.D(0;1;3). B. D(0;3;1). C. D(0;—3;1). D. D(0;3;—1).

Cau 72. Trong khong gian Oxyz, cho 3 diém A(-2; 3; 1), B[i;o; 1] , C(2; 0; 1). Toa do chan duong phan

giéc trong goc A cua tam giac ABC la
A. (1; 0; 1) B. (—1; 0; 1> C. (1; 1; 1) D. (1; 0; —1)

Cau 73. Trong khéng gian Ozyz cho A(1;2;—1),B(2;—1;3),C(—4;7;5) Xac dinh toa do diém E Ia
chan duong phan giac trong ké tir B cua tam giac ABC.
39 2 11

A. EF|l——;—:2 B. F|——;—;1 C.F
2 2 3 3

—2;1;1] D. E[—
3

w | ot
w | ot
[N
N——

Cau 74. Trong khong gian véi hé toa @ Oxyz, cho ba diém A(1;—2;2), B(—5;6;4),C(0;1;—2). Do dai
duong phén giéc trong cua géc A cia AABC la:
374 2 3 274
A —— B.—— C.—— D.——
2 374 274 3

Cau?75. Trong khéng gian voi hé truc toa do0 Oxyz cho tam gidc ABC  voéi
A=(52-1), B=(%-1;3), C =(~47;5). Chan duong phan gi4c trong cia géc B cia tam
giac ABC 1a diém D ¢ toa do la:

A. D —E;E;—l B. D —2;—2;1 C.D
33 33

_2u,

Y Y

D. D

211,
3 3

Cau 76. Trong khong gian véi hé toa d0 Ozyz cho hai diém A(1;0;1), B(x;0;5) . Tap hop cac gia tri cia
z 3¢& 86 dai doan thang AB bang 5 1a.
A {-2:4} B. {24} C. {24} D. @

Cau 77. Trong khong gian Ozyz, cho hai diém A(1;2;1), B(3;—1;2). Biém M trén truc Ozva cach déu
hai diém A, B c6 toa dd la

A.M(o;o;4). B. M(o;o;—4). C. M

0;0; i] :
2

Cau 78. Trong khdng gian Ozyz cho cac diém A(3;—4;0), B(0;2;4) ,C(4;2;1) . Toa d6 diém D trén
truc Oz saocho AD = BC la:
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A. D(0;0;0)hoac D(6;0;0) B. D(2;0;0)hoac D(8;0;0)

C. D(—3;0;0)hoac D(3;0;0) D. D(0;0;0)hoac D(—6;0;0)

Cau 79. Trong khong gian Ozyz, cho A(3;1,0) , B(—2;4:+/2). Goi M la diém trén truc tung va cach déu
AvaB thi:

A. M(2;0;0) B. M(0;—2;0) C. M(0;2;0) D. M(0;0;2)

Cau 80. Trong khdng gian véi hé toa 6 Oxyz, cho diém A(B; 0;—1) va B(1;3;—2) . Goi M la diém
nam trén truc hoanh Oz va cach déu 2 diém A, B. Toa do diém M la:

A. M (2;0;0) B. M(-1,0;0) C. M(-20,0) D. M (1;0;0)

Cau 81. Trong khong gian véi hé toa d6 Oxyz cho hai diém M(2;—4;5) va N(—3;2;7). Diém P trén truc
Ox cach déu hai diém M va N c6 toa do la:

A.P —Q;O;O B.P
10

i;O;O C.P —H;O;O
10 10

D.P 1;0;0
10

Cau 82. Trong khong gian Ozyz cho A(3;1;0), B(—24;1).Tim diém N thuoc truc Oz, biét tam gidc
ABN vubng tai A.
12 12

A. N(—g;O;O) B. N<?;O;O) C. N(-3;0;0) D. N(-3;0;0)

Cau 83. Trong khong gian Ozyz cho A(3;1;0),B(—2;4;1) .Tim diém E thuoc truc Oz , biét tam giac

ABFE vubng tai F .
A. E(0;0;,—2) hoac E(0;0;1) B. E(0;0;2) hoac E(0;0;1)

C. E(0;0;—2) hoac E(0;0;—1) D. E(0;0;2) hoac E(0;0;—1)

Cau 84. Trong hé toa d6 Oxyz cho diém M(1;1;1) N(-1;1;0) P(3;1;-1). Piém Q thuoc mat phiang Oxz
cach déu 3 diém M,N,P c6 toa do

B. é;O;—l
6 6 6 6 6 6

Cau 85. Trong hé toa do Oxyz , xét cac bo ba diém:
(1. A(1;3;1); B(0;1;2); C(0;0;1),

(1. MI;51); N(—4;3;1); P(=951),
(1. D(1;2;7); E(—1;3;4); F(50;13),

bo ba nao thang hang?
A. Chilll, I. B.Chil, Il C. Chi Il, 1. D.Cal, Il .

Cau 86. Trong khong gian Oxyz, cho 4 diém M(2-3;5), N(47,-9), P(321), Q(;-812). Bo 3

diém nao sau day la thang hang:
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A.N,P.Q B.M,N,P C.M,P,Q D.M,N,Q

Cau 87. Trong khong gian Ozyz cho A(x;y;—3),3(6;—2;4),0(—3;7;—5). Giatri x, y dé 3 diém A, B,

C thing hang 1a:

Cau 88. Trong khong gian Ozyz cho 3 diém A(2;—1;5) ; B(5;—5;7) va M(x;y;l). Vi gié tri nao cua

x ; y thi A, B, M thing hang ?
A x=45y=T7 B.x=—4;y=-7 C.o=4y=-7 D.z=—-4;y="7

Cau 89. Trong khdng gian véi hé toa o Oxyz, cho hai diem A(2;1;1), B(O; 3;—1)va‘1 diém C nam trén
mat phang Oxy sao cho ba diém A, B, C thang hang. Biém C c6 toa do la

A (1;2:3) B. (1;21) C.(1;2:0) D. (1,1;0)

Cau 90. Trong khdng gian vai hé toa do Oxyz, cho hai vecto o= (1;—3;4)va b— (2;9; 2) cung phuong
thi gia triy, 2z 1a bao nhiéu?

=6 =6 =6 =—6
Al B.{Y c.| p.{”
z=-8 z2=238 7z =-8 2 =28
Cau 91. Trong khéng gian Ozyz cho A(o; 1; 1),3(—1; 0;2). Tim toa do diém F 1a giao diém cua AB va
mat phang Ozy .
A. F(0;1,0) B. F(1;2;0) C. F(-1;1;0) D. F(1;—1;0)

Cau 92. Trong khong gian Oxyz cho A(l;O;O),B(O;O;l),0(2;1;1). Tim toa d6 diém F thuoc mat
phang Ozy sao cho A,B,C,F 1a 4 dinh caa mot hinh thang, c6 mot day 1a AB.
A. F(0;1,0) B. F(3;10) C. F(—-110) D. F(1;—1;0)

Cau 93. Trong khong gian Oxyz, cho A(—2;2;0) ,B(2;4;0),C(4;0;()) va D(O;—Q;O). Ménh dé nao sau
day la dung
A.ABCD tao thanh te dién B.Dién tich AABC bing dién tich ADBC

C.ABCD 14 hinh chép déu D.ABCD la hinh vuéng

Cau 94. Trong khéng gian Oxyz cho bén diém A(l; 0;0),B<0;1;0)7C(0;0;1),D(l; 1;1)Trong cac ménh

dé sau, ménh dé nao sai ?
A.AB 1 CD B.Bbn diém A, B, C, D tao thanh mét tir dién

C.Tam giac BCD déu D.Tam giac BCD vudng can

Cau 95. Trong khong gian Oxyz cho ba vecto a = (—1; 1;0),1) = (1; 1;0),0 = (1; 1;1). Trong c4c ménh dé

sau, ménh dé nao dung?

Aac=1 B. ;,g cung phuong C. cos(b,c Da+b+c=0

-3
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Cau96. Trong khong gian véi hé truc toa d6 Ozyz, cho tam giac ABC biét A(—1;0;2),
B(1;3;—1),C(2;2;2) . Trong cac khang dinh sau khang dinh nao sai?

A.AB =\2BC B.Diém G

%;%;1] Ia trong tdm cua tam giac ABC'.

C.AC < BC D.Diém M

1 .2
O%;E] la trung diém cua canh AB.

Cau 97. Trong khong gian voi hé truc toa d6 Ozyz, cho ba vecto Z:(1;2;2), E:(o;—1;3),

¢ = (4— 3;—1). Xét chc ménh d& sau:

Mlal =300 = V26 (11)a L6 aV)b L ¢

V) a.c =4 (VI);, Zcfmg phuong (VII) cos(g, g) = %

Trong cac ménh dé trén c6 bao nhiéu ménh dé dung?

A.l B.6 C.4 D.3

Cau 98. Trong hé toa do Oxyz Cho A(4;2;6);B(10;—2;4);0(4;—4;0);D(—2; 0;2) thi tr giac ABCD Ia
hinh:
A. Binh hanh B. Vudng C. Chir nhat D. Thoi

Cau 99. Trong hé toa do Oxyz cho cac diém M(1;2;3) N(2;2;3) P(1;3;3) Q(1;2;4) , MNPQ 1a hinh gi:
A. Binh hanh B. T giac thuong C. Tir dién D. Hinh thang

Cau100.Trong khoéng gian véi hé toa d6 Oxyz cho tam gidc MNP biét W:(—B;O;zl) va
NP = (—1;0;—2) . Po dai duong trung tuyén MI ciia tam giac MNP bang:

A 5. 9% c N85 b 15
2 2 2 2

Cau 101.Trong khong gian Oxyz, choa va b tao voi nhau mot goc 2?77 . Bibt |a| = 3 va || = 5thi |a — b
bang:

A.6 B.5 C.4 D.7

Cau 102.Trong khéng gian Oxyz, choa va b tao véi nhau mot goc % . Biét |a| = 1 va [p| = 2thi ;+E
bang:

Al B% C.2 D.%

Cau 103.Trong khong gian Oxyz, cho cac diém M(l; O;O) ;N (O; 1;0); C(O; O;l). Khi d6 thé tich tu dién
OMNP bang:
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Al B.3 c.t p.L.
2 6

Cau 104.Cho A(2;0;0), B(0;2;0), C(0;0;2), D(2;2;2). Mat cAu ngoai tiép tt dign ABCD c6 ban kinh

G 35

A3 B./3 c.X= p. Y2
3 2

Cau 105.Trong khong gian toa do Owzyzcho ba didm A(2;5;1),B(—Q;—ﬁ;2),0(1;2;—1) va diém

M(m;m;m) , dé % — 2@‘ dat gia tri nho nhat thi m bang
A 2 B. 3 C. 1 D. 4

Cau 106.Trong khong gian toa do Omyzcho ba diém A(2;51),B(-2-6:2),C(L2-1) va diém
M(m;m;m),dé MA* — MB* — MC* dat gia tri 16n nhat thi m bang
A 2 B. 3 C.1 D. 4

Cau 107.Trong khdng gian vai hé toa do Oxyz , cho hai vecto b — (1;2:3), o = (2;4;6). Ménh d& nao

sau day sai?

A. Vecto a cung phuong véi b B. a + b= (3;6;9)

_ —

C.a LV D.

Cau 108.Trong khong gian vai hé toa do Oxyz, cho A(2;1;1), B(O; 3;—1), 0(1;1;2). Ménh dé nao sau

day dang?
A.AB 1 AC B. AB 1L BC C. BC 1L AC D. AB=AC

—

Cau 109.Trong khéng gian hé toa @6 Oxyz, cho 3 vecto ; = (2;3; 1),; = (5; 7;()),c = (3;—2;4). Tim bd
s6 (m:n:p) thoa mén hé thic ma +nb + pc = 0 ?

A.(0;0;0) B.(1;0;0) C. (0;1;0) D. (1;1;1)

Cau 110.Trong khdng gian vai hé toa d6 Oxyz, cho ; = (2;—1;3),3 = (1;—3;2),2 = (3;2;—4). Goi ; la
vecto théa mdn «.a — —5, b= —11, 7 .c =20 .Tim toa do z?
A= (23-2) B.z = (231 C.z=(32-2) D.z = (1;3:2)

REN LUYEN LOAT BAI TAP TiCH CO HUONG

1. Tich cé hwéng cia hai vecto

—

Cho cac vecto u = (:cl;yl;z1> , U= ($2;y2;22). Tich ¢6 hudng cua hai vecto v va v la
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A T I ;e - - v 2| |1z |ry
mot vecto, ki hiéu la |u,v| va dugce xac dinh nhu sau: |w,v|=||7" ;| * '] '
yQ 22 22 :1:2 '172 y?
Tinh chat: 11,; vudng goc vai ca hai vecto u : v
AAABC = %‘[Zﬁ,[é”
1= —=, = R — =
Vo :g‘[AB, AC)AD| va V. .. = ‘[AB, AD]AA
Cau 111.Trong hé toa do Oxyz , cho A(—1;2;1),B(1;1;1),0(0; 3;2).toa {6 cua | AB, Fc} EE
A. (-1-23) B. (1,2,3) C. (-1-2-3) D. (-1;2,-3)

Cau 112.Trong khong gianOzyz cho ba diém A(—1;2;0), B(—1;0;—1),C(0;1;—2) .
ABC bing

Dién tich tam giac

o

AN14 @@vdy) B. % (dvdt) C. 2(dvdt) D. %(dvdt)

Cau 113.Trong khong gian Oxyz cho Ei :Z— ; + % Oﬁé = 2;— 3} + 2%, % = 4;— 2} + 2%. Di¢n
tich tam giac ABC bang

Ve

A~30 (dvdt) B. % (dvdt)

5

C. % (dvdt) D. 15 (dvdt)

Cau 114.Trong khéng gian véi hé toa do Ozyz cho 3 diém A(l; 0;0), B(O; 0;1), 0(2; 1;1). Dién tich cua
tam gidc ABC bang:

& 0 o NG
2 2 2 2

Cau 115.Trong khéng gian Oxyz, cho A(l; 0;0),B<0;2;0),C(2; 1;3) .Dién tich tam giac ABC la

NG 5. V6 c.3 D.3v6

2 2 2
Cau 116.Trong khong gian Oxyz cho A(3;4;-1), B(2;0;3), C(-3;5;4). Dién tich tam gidc ABC la:
a Y1202 8.2 e S

Cau 117.Trong khéng gian Oxyz cho tam giac ABC cé A(l; 0; 1),8(0;2;3),0(2;1;0). Do dai duong cao

cua tam giac ké tir C la

A.~26

B.26

Cau 118.Trong hé toa d6 Oxyz , cho hai diém A(l,—Q,O) va B(4, 1,1). Do dai duong cao OH cua tam
giac OAB la:
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1 36 19 J19

A — B. \[— C. |— D. —

J19 19 86 2

Céau 119.Trong hé toa do Oxyz , ba dinh cia mét hinh binh hanh ¢6 toa o 1a(1;1;1),(2;3;4),(7;7;5). Dign
tich ctia hinh binh hanh d6 bang

A. 24/83. B. /83 . C. 83. D.@.

2

Cau 120.Trong hé truc toa d6 Oxyz cho hinh binh hanh ABCD véi A = (1; 0;1), B = (2;1;2)va giao diém
cua hai duong chéo la I[%;O; g] . Dién tich cua hinh binh hanh ABCD la:

A. 5 B. V6 C.\2 D. /3

Cau 121.Trong khdng gian Oxyz cho cac diém A(l;l;—6), B(O;O;—Q), C’(—5;1;2) va D'(2;1;—1).
Néu ABCD.A'B'C'D' 1a hinh hop thi thé tich cua n6 la:

A.36 (dvtt) B.40 (dvtt) C.42 (dvtt) D.38 (dvtt)

Cau 122.Trong khong gian Oxyz, cho ba VeCtO'; = (—1, 1,0);8 = (L1, O);; = (1, 1,1). Cho hinh hop
OABC.O’A’B’C” théa min didu kiénh OA = a,0B — b,0C = ¢ . Thé tich caa hinh hop néi trén
bang bao nhiéu?

A6 B.2 c% D.

W

—

Cau 123.Trong khong gian Oxyz, cho 1:(2;—1; 1), v(m;3;—1), ;v(l; 2:1). Ba vecto dong phang khi gia tri
cua m la:

A -8 B.4 C.—— D.——
3 3

Cau 124.Trong khdng gian véi hé truc toa d6 Oxyz, cho u= (1,12) , v = (—=1;m;m —2). Khi do

u,v|| = 4thi:

A.mzl;mzl—51 B.m:—l;m:—1—51 Cm=1 D.mzl;m:—E

Cau 125.Trong khong gian Oxyz, cho 2 diém A(1,2,—1), B(—2,1,3) .Tim diém M thugc Oz sao cho tam
giac AMB c6 dién tich nho nhat

A. M(—17,0,0) B. M(3,0,0) C. M(—%O, 0) D. M(é, 0,0)

—

Cau 126.Trong hé truc toa d6 Oxyz cho ZL = (4; 3;4), v= (2;—1;2), ; = (1;2;1) khi do

—

u,v|.w la:

A. 2 B. 3 C.0 D. 1
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Cau 127.Trong khong gian Oxyz ,cho 4 diém A(1,0,0); B(0,1,0); C(0,0,1); D(1,1,1) khong ddng phang.Tir
dién ABCD c6 thé tich Ia
2

1 B. 2 C. 2 p L
6 3 3

A
Cau 128.Trong hé toa d6 Oxyz cho hinh hgp ADCB.A’B’C’D’ ¢6 dinh la A(1; 0; 1), B(2; 3; 5), C(3; 2;
7), D’(3; - 3; 5). Thé tich khéi hop 1a

A. 2 B. 3 C D.

W

1
6
Cau 129.Trong hé toa do Oxyz cho 4 diém khéng dong phang A(2,-1,-2); B(-1,1,2); C(-1,1,0); S(1,0,1).

Do dai duong cao cua hinh chép S.ABC bing.
B c.-Z. D.V13.

AL
33 V13 V13

Cau 130.Trong mat phang Oxyz Cho tir dién ABCD c6 A(2;3;1), B(4:1;-2), C(6;3;7), D-5:-4;-8). Do dai
duong cao ké tir D cua tir dién la

A1l C. —

)

Cau131.Trong khdng gian Ozyz cho hinh hop ABCD.A'B'C'D'biét A(1;0;1) , B(2:1;2),
D(1;—1;1),C'(4;5;—5). Thé tich cua khdi hop bang

A.9 (dvtt) B. %(dvtt) C. 3(dvtt) D. 18 (dvtt)

Cau 132.Trong khong gian Ozyz, cho 3 Vectog = (—1; 1;0),5 = (1; 1;0),6 = (1; 1; 1). Cho hinh hop
OABC.0'A' B'C’ thoa man didu kien OA = G,0B = b,0C" = ¢ . Thé tich cua hinh hop néi trén
bang:

A 2 B. 4 c.2 p. L

3 3

Cau 133. Trong khong gian véi hé truc toa do Oxyz cho toa do 4 diém A(2;—1;1); B(l; 0;0); C (3;1;0) va
D(0;2;1). Cho céc ménh dé sau

(1) Do dai AB:\/E

(2) Tam giac BCD vudng tai B
(3) Thé tich cua tir dién A.BCD bang 6

Céc ménh dé dung la :

A(1); () B.(3) C.(1):3 D.(2)

Cau 134.Trong khong gian Oxyz, cho bén diém A(-1,1,1), B(5,1,-1) C(2,5,2) , D(0,-3,1). Nhan xét nao
sau day la dung

A. AB,C,D la bon dinh cia mot tir dién B. Ba diém A, B, C thang hang
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C. A,B,C,D Ia hinh thang D. Ca A va B déu dung
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CHUONG III: TOA PO TRONG KHONG GIAN
Dang toan 2. Phwong trinh mat phang

A —PHUONG PHAP GIAI TOAN

1) Vécto phap tuyén, ciip vécto chi phwong

—

— Vecto n = 0 la vecto phap tuyén cua mat phdng (P) néu gia n vudng goc voi (P).

— Hai vecto ;, b khong cung phuong la cap vecto chi phuong

cua mat phang (P) néu gia cua chung song song hodc nam 1 ;
P
trén mat phang (P). J
— Néu a, b lamoét cap vecto chi phwong cua mat phang (P) P
thi' n = |a,b| la'1 vecto phap tuyén cua mat phang (P).

— Né&u n =0 la1lvecto phap tuyén cua mat phang (P) thi k.;, (k = 0) cung la vecto phap
tuyén cua mat phang (P).

2) Phuong trinh tong quét cia mit phang: (P): Az + By + Cz + D = 0.

E—

— Né€u mat phdng (P) co phuong trinh (P): Az + By + Cz + D =0 thi n, = (4;B;C) lamot
vecto phap tuyén cua mat phang (P).

— Dé viét phuong trinh mit phang (P), ta can xac dinh 1 diém di qua va 1 vécto phap

e Diqua M(z;y;2) Y -
tuyén.(P): e =|(P):A(x—2z )+ B.(y — +C.(z—2)=0|-
yen.(P) . VIPT:n, = (4B:C) (P):A(x—z)+By—y)+C(s—2)

3) Cac truong hop dac biét:

Cachésé | Phuong trinh mat phiang (P) Tinh chat mat phang (P)
D=0 (P): Az + By +Cz =0 (P) di qua gdc toa do O
A=0 (P): By +Cz+D=0 (P) | Oz hoic (P)> Oz
B=0 (P): Az +C2+D=0 | (P) | Oy hoic (P)> Oy
=0 (P): Az +By+D=0 | (P) | O hoic (P)> Oz
A=B=0| (P):C:+D=0 (P) || (Ozy)hoic (P) = (Oxy)
A=C=0| (P):By+D=0 (P) || (Ozz)hodc(P) = (Oz2)
B=C=0| (P):Az+D=0 (P) || (Oyz)hoic (P) = (Oyz)
* Luwuy:
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— Néu trong phuong trinh cua mat phang (P) khong chufa an nao thi (P) song song hoac
chifa truc twong ung.
— Phurong trinh mat phang (P) cdt cac truc toa do tai cac di€m A(a;0;0), B(0;6;0), C(0;0;c)

la' (P): % - % + % =1 (goi la phwong trinh mat theo doan chan).

— Khoang cach tir diém M(z,;y,,;2,) dén mat phang (P): Az + By + Cz + D = 0 duoc x4c
|4z, + By, +C2, +D]
\/A2 LB

dinh boi cong thite: d(M;(P))

B - BAI TAP MAU
BT 1. Viét phrong trinh mit phing trung triec ctia doan thang AB véi toa d6 A, B cho trudc:

Mt phang trung triec (P) cua doan AB la'mp di qua va’ vudng goc tai trung diém I cua AB.
A

2 « Diquat|at e Bty BT E ) g TS
—— mp(P): 2 2 2 ]

o VIPT:n,, =AB= (v, — 7y, —¥Y,;;2; —2,)

a) A(20;1), B(0;—2;3). b) A(L;3;—4), B(—1;2;2). c) A(2;1;1), B(2;—1;—-1).
BT2. Viét phuong trinh mit phang (P) di qua diém M va c6 cép vécto chi phrong g, b cho

D —1

i e Di qua M
tredc —— mp(P): —

o VTPT: Npy = a,b

a) M(1;,2-3), @ =(212), b =(32-1). b) M(L-23), d=(3-15-2), b =(0;3;4).
Q) M(-1;34), a=(27:2), b =(324). ) M(405), @ =(6-13), b = (3;21).
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BT 3. Viét phuong trinh mat phang (P) di quaba diém A, B, C khong thang hang

i e Di qua A, (hay B hay C)
—2 s mp(P): L’C

° VTPT:n(ABC AB AC

a) A(%-51), B(3;4;,—2), C(0;0;,—1). b) A(1;—2;4), B(3;2,—1), C(—2;1;-3).

o) A(3;—52), B(1;—2;0), C(0;—3;7). d) A(-123), B(2;—4;3), C(4;56).

BT4. (THPT - 2011 NC) Trong khong gian vdéi hé truc  Ozyz, cho
A(0;0;3), B(—1;—21), C(—1;0;2). Viét phuong trinh mat phéng (ABC). Tinh d¢ dai
duwong cao cua AABC ké tr A.

Déap s6. (ABC):2z+y—22+6=0 va AH =——
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Viét phueong trinh mp(P) di qua M, vudng géc mp(Q) va mp(P) || A: Q
Q)
, e Di qua M(x,y,z)) A u.
— 2 mp(P): Y SR R
° VTPT:n(P>: Mg U /S
xr—1 'y z41
a) M(1;1;1), (Q):2z—y+2—1=0, ANE === :
2 1 -3
r=1-3t
b) M(3;2;1), (@) :2z+ 3y — 2= 0, A:{y=2—t , (teR).
z2=3-3t
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BT 6. Viét phuong trinh mp(P) di qua M(z ;y ;2 ) va song song voi
(@Q):Az+By+Cz+D =0 oy = Mg
, o Di qua M(z,y ,z) £‘1 ;
o P Y AL
o VIPT :n, =n, =(4B;C)

a) M(3;3;3) va (Q):22—3y+2—6=0.b) M(2;1;5) va (Q) = (Oxy)

) M(L;—21) va (Q):2z—y+3=0. e) M(—110) va (Q):z—2y+2z—-10=0.

BT 7. (PH D - 2013 NC) Trong khong gian v6i hé truc Ozyz, cho diém A(—1;3;—2) va mat
phang (P):z —2y—2z+5 = 0. Tinh khoang cach tit A dén (P). Viét phuong trinh mat
phéang (Q) di qua A va song song véi (P) ?

Dép s6. d(A,(P)):% VA (Q):z—2y—22+3—=0.
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BT 8. Viét phuong trinh mp(P) di qua M va vudng goc véi duong thang d di qua 2 diém A va

B, voi:

— " mp(P):

a) M(—12;3), A(2;—4;3), B(4;5;6).

c) M(2,—4;0), A(5L7), B(—1—

e Di qua M
o VTPT: np

=y, =AB

b) M(0;0,0), A(—2;—1;3), B(4;—2;1).

—1). d) M(3;0;0), A(0;—5;0), B(0;0;—7).

BT9. Viét phuong trinh mat phang (P) di qua A, B va vuong goc véi mp(Q):

e Di qua A, (hay B)

— 5 mp(P):

A(0;1,0), B(1;2;-2)
D 10): 2 —y+32+13=0

A(2;,—1;3), B(—4;7;-9)
(Q):3x+4y—82—-5=0

_—

o VTPT: p) = AB,n(QJ

A(3;L-1), B(2-1;4)
(@Q):2c—y+32—1=0

d A(3;,—1-2), B(-3;1;2)
(@Q):2x—2y—224+5=0
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BT10. (PH A, A1 - 2014) Trong khong gian véi hé truc toa do Ozyz, cho

mp(P):2x+y—2z—1=0 va duong théng (d);ﬁzizﬁ.

1 -2
diém cua d va mp(P). Viét phuong trinh mit phang (Q) chita d va vudng gdc v6i mp(P).

Tim toa do giao

Daép s6. M[g;—?;;;] va (Q):z+8y+52+13=0.

BT 11. (CD - 2010 — Chuong trinh ndng cao) Trong khong gian vdi hé truc toa do Ozyz, cho

duwong thing (d): % = yT—l = % va mdt phang (P) 12—y +22-2=0.
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a) Viét phuong trinh mat phang (@) chiad va (Q) L (P)..
b) Tim toa d6 di€m M € d sao cho M cach déu O va mat phang mp(P).
Daps6. (Q):z+2y—2=0 va M(0;1;0).

BT 12. Viét phwong trinh ctia mt phang (P) di qua di€ém M va chita dwong thang A:

e

— ., Trén dwong thing A ldy diém A va'xdc dinh VICP u v P
w
e Di qua M / >/
Khi do” mp(P) : — [ —
idoTmp(P) :[AM,u
(P) A
r=4+2t r=2—1
a) M(2-31), A:{y=2-3t b) M(1;4-3), A:jy=—1+2t
z=3+4+1 z=1-3t
_ _ r—y+22—1=0
) M(4-23), A:Z l_y+2_ 225 M(-21:4), A: Y

lz+2y+22+5=0
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BT 13. (TNTHPT - 2010 - Chuong trinh ndng cao) Trong khong gian voi hé truc toa d¢ Ozxyz,

cho dudng thang co phuong trinh A : % = y_+21 =2 ; L

a) Tinh khoang cach tir O dén duong thang A.
b) Viét phueong trinh mat phang (P) chita diém O va chifa dwong thang A.

MO,u,

—

o,

A

Dap s6. d(0;A) = =1lva(P):z+2y+22=0.

BT 14. Viét phuong trinh ctia mat phang (P) di qua hai duwong thang cat nhau A, A

o Diqua MeA, (hay M €A,))

me(P): _— [— — T
° VTPT:nUD): ONEON
T =3t r=1+t¢
a) A :jy=1-2t, (teR), A qy=2t" , ({' €R)
z=3+1 z=4+1
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r+y+z+3=0 r=1+1
b) A : - Ay =—
P A yr1=0 Rk 32:“(t€R>
2=3—
r—2y—2z—4=0 A r—2—2=0
C : , :
) A 224+y+24+6=0 2 ly+224+7=0
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BT 15. Cho 2 dudng thing chéo nhau A, A,. Hay viét phuong trinh (P) chita A, va song song

2 o Diqua McA, (hay M ecA)) 1 @

AQ Y SN mp(P) —_ - — y
° VTPT:n(P): ONDN M ay

r=1-—-2t r =2t
a) A:iy=3+t , (teR), A, ly=1+1, (f €R)

z=—-2—-3t z=3—-2t
b) A~ 2_ytl_z AQ:EZYJ_—l:ZH

-2 2 1 2 4
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r=1+1¢
r—2y+2—4=0 A 24t (t R)
C : : = , S
) A r+2y—2244=0 25 1Y
z=14+2t

o
BT 16. Viét phuong trinh mp(P) qua M va vudng gbc véi hai mp mp(a), (3) m
) e Di qua M %
—L s mp(P): e e T TR
o VIPT: Nyp) = [n(u),nm) /6 M
a) M(1;—3;2), ():z+2y—52+1=0, (8):2c0—3y—z+4=0.
b) M(2;—1;1>, (oz):2x—z+1:0, (B):y:

BT 17. (CD - 2009 - Chuong trinh chudan) Trong khong gian voi hé truc toa d6, Ozyz, cho duong
cac mat phang (Pl) 2 +2y+32+4=0 va (132) 13z + 2y —2+1=0. Viét phuong trinh

madt phang (P) di qua diém A(l; 1;1), vuong goc hai mat phang (Pl) va (PZ) .
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A7

Dap s6. (P):4:c—5y—|—22—1:0.

BT 18. (PH D - 2010 — Chwong trinh chudn) Trong khong gian voi hé truc toa d6 Ozyz, cho hai
mat phang (P) x+y+z—3=0va (Q) :x —y+2z—1=0. Viét phuong trinh mat phang
<R) sao cho (R) vuong goc voi (P) va d(O,(R)) =2.

Dap s6. (R):x—zizﬁ:o.

BT 19. Viét phuwong trinh mit phang (P) di qua diém M va giao tuyén cta hai mat phang
(@) (8)

—L— Chon A,B thudc giao tuyén hai mdgt phc‘ing (a) va (ﬁ) = A, B¢ (P) Cu thé:

A1x+Bly:—(Cle+Dl) T =..

Cho: z =z = =
Aza:—kB?y:—(C’gzo—FDQ) Y=..
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Cho: z =z = {Bly—l—Clz - _(Alxo +D1) = {y o = B(,,> € (P>
BQy+C’2z:—(Aza:O+D2) zZ=..
o e Diqua M
Khi do mp(P): . VTPT:;(;:[ZE,XM
a) M(20;1) (a):z+2y+2-4= (B):20+y+2—4=
b) M(1L,2-3), (a):22—3y+2-5=0, (8):3z—2y+52-1=0

. Viét phuong trinh mét phing (P) qua giao tuyén ctia hai mat phang (a), ( [3), dong thoi

song song v6i mit phang (7) cho truedce
a) (a):y+22—4=0, (6>:x+y—z—3:0, (fy):$+y+z—2:0

b) (a):z—4y+2:-5=0, (B):y+4z-5=0, (v):22—y+19=0
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BT 21. Viét phuong trinh mét phing (P) qua giao tuyén ctia hai mit phing («), (3), dong thoi
P g phang qua g y phang g

vudng gdc véi mat phang (fy) cho truede
a) (oz):21:—|—3y—4=0, <ﬁ>:2y—3z—5:0, (7):2x+y—3z—2:0
b) <a):y+22—4:0, (ﬁ):x+y—z—|—3:0, (7):x—|—y+z—2:0

BT 22. Viét phrong trinh mt phing (P) tiép xuc véi mat cau (S ) cho trudc tai diém H :
a) (8):(c—3) +(y—1) +(z+2) =24 tai H(-1:30)
b) (S):a’+y” +2" —6z—2y+42+5=0 tai H(4;30)
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BT 23. Viét phuong trinh mt phang (P) qua giao tuyén ctia hai mgt phang (a):z —32 -2 =0

va (8):y—2z+1=0, dong thoi cach diém M[O; 0;%] mot khoang 71\5 .

Déap s6. (P):z+y—52—1=0 hoac (P):5z—17y +192 —27 = 0.

BT 24. Viét phuong trinh mat phang (P), biét rang (P) vudng gbéc véi hai
(@):z+y+2+1=0, (8):2z—y+32—4=0 va khoang cach t&r goc toa d0 dén mat
phing (P) bing 26 ?

A

Daps6. (P):4x —y—32+26=0.

BT 25. Viét phuong trinh mat phang (P) song song véi mp(Q) : 2z — 3y — 6z — 14 = 0 va khoang
cach tlr goc toa d6 dén mit phang (P) bang 5 ?

Déap s6. (P):2z—3y—6z+35=0.
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BT 26. Viét phuwong trinh mp(P) chtta truc Oz va tao voi (Q): 2z —y+ V112 +3=0 mot goc
a=30""7
Déap s6. (P):z =0 hodc (P): 3z —4y = 0.

BT 27. Viét (P) diqua A(3;0;1), B(6;—2;1) va (P) tao vdi (Oyz) goc o thoa man cosa =

N
-~

Déap s6. mp(P):2z + 3y + 62 —12 = 0 hodc mp(P): 2z + 3y — 62 = 0.
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C- BAI TAP TRAC NGHIEM

Cau 1. Trong khong gian Oxyz mit phang (P) di qua diém M(-1;2,0) va c6 VIPT 1= (4;0;—5) c6 phuong trinh la:
A 4x-5y-4=0 B.4x-5z-4=0 C.4x-5y+4=0 D.4x-5z+4=0

Cau 2. Cho ba diém A(2;1;-1); B(-1,0;4);C(0;-2-1). Phwong trinh mat phéng nao di qua A va vudng goc BC
A. x-2y-5z-5=0 B. 2x-y+5z-5=0 C. x-3y+5z+1=0 D.2x+y+z+7=0

Cau 3. Trong khong gian Oxyz, cho diém G(1;1;1), mit phang qua G va vuodng goéc véi duong thing OG ¢
phuong trinh:
Ax—y+z=0 B.x+y+z-3=0 Cx+y+z=0 D.x+y—-z-3=0

Cau 4. M3t phang di qua D(Z,‘ 0,‘0) vuong goc vai truc Oy c6 phurong trinh la:
A.z=0 B.y=2 Cy=0 D.z=2

Cau 5. Viét phuong trinh mat phéng trung truc cua doan théng ABvéi A(1;2;—4), B(5;4;2).
A.10x+9y +5z-70=0 B.4x+2y+6z—-11=0 C2x+y+3z—-6=0 D.2x+3z—-3=0

Cau 6. Trong khong gian Oxyz mit phing trung tryc cia doan thing AB c6 phuong trinh la ,véi A(1;2;-3) ,
B(—3;2;9)
A. -x-3z-10=0 B. -4x+12z-10=0 C. -x-3z-10=0 D. -x+3z-10=0

Cau 7. Cho hai diém A(—1;3;1), B(3;—1;—1). Khi d6 mat phfmg trung truc ctia doan théng AB c6 phrong trinh la
A2x+2y—z=0 B.2x+2y+2z=0 C2x—-2y—z=0 D.2x—2y—-z+1=0

Cau 8. Viét phrong trinh mit phang di qua diém B(1; 2; -1) va cach gdoc toa d mot khoang 16n nhat.
Ax+2y—z—-6=0 B.x+2y—-2z-7=0 C.2x+y—z—-5=0 D.x+y—2z-5=0

Cau 9. Cho 3 diém A(1; -2; 1), B(-1; 3; 3), C(2; —4; 2). Mot VTPT # clia mét phéng (ABQ) la
A.ii=(~1,9;4) B.7i = (9;4;1) C.ii=(4;9;-1) D.ii = (9;4;—1)

Cau 10. Cho mit phing (a) di qua diém M(0;0;—1) va song song véi gid ctia hai vecto ;:(1;—2;3)vé1

b=(3;0;5) . Phuong trinh mit phing (o) la:
A.—5x+2y+3z+3=0 B.5x -2y —-3z-21=0 C.5x—2y—-3z+21=0 D.10x -4y —6z+21=0

Cau 11. Cho 3 diém A(1; 6; 2), B(5; 1; 3), C(4; 0; 6) phuong trinh mat phiang (ABC) la
A.14x+13y +9z+110=0 B.14x+13y—9z—-110=0

C.14x-13y +9z—-110=0 D.14x+13y +9z—-110=0

Céau 12. Choba diém A(0;2;1), B(3;0;1), C(1;0;0) . Phuwong trinh mat phang (ABC) la:
A2x+3y—4z—-2=0 B.4x+6y—8z+2=0 C.2x—-3y—4z+2=0 D.2x -3y —4z+1=0

Céu 13. Cho hai diém A(1;-1;5) va B(0;0;1). Mt phang (P) chtta A, B va song song véi Oy cé phuong trinh 1a
Adx+y—z+1=0 B.2x+z—-5=0 C4x—z+1=0 D.y+4z—-1=0

Céu 14. Phuong trinh mat phang (P) chtta truc Oy va diém M(1;—1;1) la:
Ax+z=0 B.x—z=0 Cx—y=0 D.x+y=0

Cau 15. Cho hai mit phang (a):3x —2y +2z+7=0va (8):5x — 4y + 3z +1=0. Phuong trinh mit phang di qua
goc toa do O va vudng goc ca (a) va (0) la:

181 BIEN SOAN VA GIANG DAY THAY TRAN VAN TAI



TAILIEU HOC TAP TOAN 12 - CHAT LUQNG BAI GIANG: TOA PO KHONG GIAN OXYZ

A2x—y+2z=0 B.2x+y—-2z=0 C2x+y—2z+1=0 D.2x—y—2z=0

Cau 16. Goi (P) la mat phang di qua M(3;-1;-5) va vudng goéc véi hai mat phang (Q): 3x-2y+2z+7=0 va (R): 5x-
4y+3z+1=0. Phirong trinh mat phéng P):
A. 2x+y-2z-15=0 B.2x+y-2z+15=0 C. x+y+z-7=0 D. x+2y+3z+2=0

Cau 17. Trong khong gian véi hé toa d6 Oxyz, phrong trinh mdt phang di qua hai diém E(1;3;-5); F(-2;-1;1) va song
song véi truc x Ox la:
A3y +2z—-1=0 B.-3y+2z+1=0 C.2x+3y+2z+1=0 D.3y+2z+1=0

Cau 18. Trong khdng gian Oxyz, cho mit phang (P)di qua hai diém A(4,-1,1), B(3,1,-1) va song song véi truc Ox.
Phuong trinh nao sau day la phrong trinh ctia mat phang (P):
Ax+y+z=0 B.x+y=0 Cy+z=0 D.x+2z=0

Cau 19. Cho t& dién ABCD véi A(5;1;3), B(1;6;2), C(5;0;4), D(4;0;6) . Viét phuong trinh mat ph:fmg di qua C, D
va song song voi AB.
A.10x—-9z+5z=0 B.5x -3y +2z=0 C.10x+9y+5z—-70=0 D.10x+9y+5z—-50=0

Cau 20. Khoang cach tir diém M(-2; -4; 3) dén mit phing (P) c6 phuong trinh 2x —y + 2z — 3 =0 la:
A3 B.1 C.2 D. Pap an khac

Cau 21. Khoang cach tir diém M(—1;2;—4) dén mp(a):2x -2y +z—8=0 la:
A.4 B.3 C.6 D.5

Cau 22. Goi H la hinh chiéu vudng goc cua A(2;-1;-1) trén (P): 16x —12y —15z — 4 =0. D¢ dai doan AH bf“mg?

A2 g 1 c D.55
5 5 25

Cau 23. Tim géc gitta hai mat phang (a):Zx—y—l—z—l—?):O ; (ﬂ):x+y+22—1 =0:
A.30° B.90° C.45° D. 60"

Cau 24. Vi tri twong ddi ctia 2 mat phang: (a): 2x—y+z+3=0 va (ﬁ):2x+y—z—5=0.

A.(oz)//(ﬁ) B.(oz)z(ﬁ) C.(oz),(ﬁ) cit nhau D.(a),(ﬁ)chéo nhau
Cau 25. Cho hai mit phing song song (P): nx+7y —6z+4=0 va (Q): 3x +my —2z—7 =0.Khi d6 gia tri caa m
vanla:
A.m:Z;nzl B.nzz;m:9 C.mzi;n:9 D.mzz;n:9
3 3 7 3

Cau 26. Trong khong gian Oxyz, xac dinh cac cap gié tri (m;]) d€ cdc cap mat phang sau day song song véi nhau:
2x+1ly+3z—-5=0;mx—6y—6z—2=0
A.(3,4) B.(4;-3) C.(—4,3) D.(4,3)

Cau 27. Tim m d& cap mat phang sau vudng goc véi nhau: 7x — 3y +mz —3=0;x—3y +4z+5=0.
A.m=6 B.m=—4 Cm=1 D.m=2

Cau 28. Mt phang qua A( 1; -2; -5) va song song véi mit phang (P): x — i + 1= 0 cach (P) mot khoang c6 d6 dai la:
A.2 B.\2 C.4 D.2v2

Cau 29. Cho hai mt phang (at): 2x + 3y + 3z - 5=0; (B): 2x + 3y + 3z - 1 = 0. Khoang c4ch gitta hai mit phang nay la:
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a2 B.4 c2 p.2¥2
11 11 11

Cau 30. Khoang cach gifta hai mat phang (P): 2x—y +3z+5=0 va (Q): 2x—y +3z+1=0 béng:
A B.6 C.4 D2

V14 V14

Cau 31. Trong khong gian véi hé truc toa dd Oxyz, cho hai mit phiang (P):5x+5y—5z—1=0va
(Q):x+y—z+1=0.Khi d6 khoang cach gitta (P) va (Q) la:
e 2 2 b 23

. B.— C.— ;
15 5 15 5

Cau 32. Mt phang (P) song song va cach déu hai mat phang (a):2x +y—4z+5=0 va (3):2x+y—4z+7=0

c6 phuong trinh la:
A2x+y—4z+6=0 B.2x+y—4z=0 C2x+y—4z+12=0 D.2x+y—4z—-12=0

Cau 33. Cho hai mat phing (a):m’x —y+(m* —2)z+2=0va (B):2x +m’y —2z+1=0. Mit phang () vudng
goc voi (B) khi:
A.|m|=+2 B.|m|=2 C.|m| =1 D.|m|=+/3

Cau 34. Trong khong gian toa dd Oxyz, cho ba diém M(l,0,0), N(O,Z,O), P(0,0,3>. Mat phéng (MNP) )
phuong trinh la:
A.6x+3y+2z+1=0 B.6x+3y+2z-6=0 C.6x+3y+2z—-1=0 D.x+y+z—-6=0

Cau 35. Goi (o) 1a mét phéng cit ba truc toa d6 tai 3 diém M (8; 0; 0), N(0; -2; 0) , P(0; 0; 4). Phuong trinh cua mat
phang () la:
A+ 129 B.x—4y+2z-8=0 C.x—4y+2z=0 5 S A |
8 24 4 12
Cau 36. Trong khong gian Oxyz, cho diém M(8,-2,4). Goi A, B, C Ian luot 1a hinh chiéu ctia M trén cac truc Ox, Oy,
Oz. Phuong trinh mit phang di qua ba diém A, B va C la:
Ax+4y+2z—-8=0 B.x—4y+2z-8=0 Cx—4y+2z-8=0 D.x+4y—-2z-8=0

Cau 37. Biét tam gidc ABC c6 ba dinh A, B, C thudc cac truc toa d¢ va trong tam tam giac 1a G(—1;—3;2) . Khi d6
phuong trinh mit phang (ABC) 1a :
A2x-3y—z—-1=0 B.x+y—z—-5=0 C.6x—2y—3z+18=0 D.6x+2y—3z+18=0

Cau 38. Trong khong gian v6i hé truc toa do Oxyz, cho diém M(2;2;2) . Khi d6 mat phang di qua M cit cac tia Ox,
Oy, Oz tai cac diém A, B, C sao cho thé tich t dién OABC nho nhat ¢ phuong trinh la:
Ax+y+z-1=0 B.x+y+z+6=0 Cx+y+z=0 Dx+y+z-6=0

Céau 39. Cho A(g;0;0); B(0;b;0); C(0;0;c) v6i a,b,c>0. Biét mit phang (ABC) qua diém I(1;3;3) va thé tich t&
dién OABC dat gia tri nho nhét. Khi d6 phuwong trinh (ABC) la :
A.x+3y+3z—-21=0 B.3x+y+z+9=0 C.3x+3y+z—-15=0 D.3x+y+2z-9=0

Cau 40. Cho A(Z,' O;O),M(l} 1;1). Viét phuong trinh mat phang (P) di qua A va M sao cho (P) cdt truc Oy, Oz lan

Ireot tai hai di€m B, C sao cho dién tich cua tam giac ABC bang 46 .
A.(P):2x+y+z—4=0
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B.(P):—6x+(3+21)y +(3-V21)z +12=0

C.(P,):~6x+(3-21)y +(3+21)z+12=0

D.Ca ba dap an trén

Cau 41. Trong khong gian véi hé toa do Oxyz, cho duong thang d la giao tuyén ctia 2 mat (a):x—2y+2=0,
(B8):x+2z—4=0 . Mat phing (Q) di qua diém A(1;-1;2) va chtta d thi phuong trinh cta (Q) la:

A2x+y+5z—-11=0 B.2x+y+5z+11=0 C.—2x+y+5z+11=0 D.2x—y+5z+11=0

Cau 42. Phuong trinh mét phang qua giao tuyén ctia hai mat phang (P): x-3y+2z-1=0 va (Q): 2x+y-3z+1=0 va song
song vai truc Ox la

A. 7x+y+1=0 B. 7y-7z+1=0 C. 7x+7y-1=0 D.x-3=0

Cau 43. Goi (d) 1a giao tuyén ctia hai mat phiang x +2y —3z+1=0va 2x—3y+z+1=0.Xac dinh m d¢& cé mat
phang (Q) qua (d) va vudng géc véi n= (m;2;-3)

8

A.m=6 B.m Cm=1 D.m=

1

2

Cau 44. Trong khong gian vdi hé toa do Oxyz cho tam giac ABC cé A(1;0;0), B(0;-2;3),C(1;1;1). Phirong trinh mat
phang (P) chtta A, B sao cho khoang cach tir C téi (P) 1a %

3

A.x+y+z—1=0 hodc —23x+37y+17z+23=0

B.x+y+2z—1=0 hodc —2x+3y+7z+23=0

C.x+2y+z—-1=0 hodac —2x+3y+6z+13=0

D.2x+3y+z—1=0 hodc 3x+y+7z4+6=0

Cau 45. Trong khong gian toa do Oxyz, cho diém A(—l, 2,1) va hai mit phéang (a) 2x+4y—6z—-5=0 ,
(8):x+2y—3z=0.Ménh dé nao sau day diing ?
A, (6 ) khoéng di qua A va khong song song vdi (a)

B. (ﬁ) di qua A va song song voi (a)
C. (ﬂ) di qua A va khong song song voi (a)
D. (B) khéng di qua A va song song véi (a)

Cau 46. ( sai d&) Cho ba mat phing (P):3x+y+z-4=0;(Q):3x+y+2z+5=0va (R):2x—3y—3z+1=0 .
Xét cic ménh dé sau:
(D: (P) song song (Q) (II): (P) vuong goc (Q)

Khang dinh nao sau day DUNG ?
A.(]) sai; (IT) dung B.(I) dung ; (II) sai C.(I) ; (I) déu sai D.(I) ; (I) déu dung

Céau 47. Cho ba mit phang (a):x+y+2z+1=0; (8):x+y—z+2=0 va (y):x—y +5=0. Trong cdc ménh dé
sau, ménh dé nao sai?
A (@) [ (7) B. () L () C.(mL®) D. () L(7)
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Cau 48. Trong khong gian Oxyz, cho diém 1(2,6,-3) va cic mat phang: (a) x—2=0, (ﬁ ) y—6=0,
(7) :z+3=0. Trong cac ménh dé sau, tim ménh dé sai:

A.(e) L(B) B.(e) di qua diém1 C.(y)] Oz D.(8)]|(xOz)

Cau 49. Cho A(0;2;,-2), B(—3;1,—-1), C(4;3;0) va D(1;2;m). Tim m d€ bén diém A,B,C,D dong phéng. Mot
hoc sinh giai nhw sau:
Budc 1: AB=(—3;—1;1); AC = (4;1,2); AD = (1;0;m +2)

-1 1
1 2

1 -3
1 4

-3 -1
4

; ; —(=310;1)  ; [E’,A_c'}.ﬁzwmmzmw

Budc 2: [E,TC :[

Buwdce 3: A,B,C,D dBngphéng @[E,R}.E:0®m+5:o .Déps6: m=-5

Bai giai trén ding hay sai? Néu sai thi sai 6 budc nao?
A.bang B.Sai ¢ budc 2

C.Sai 6 budce 1 D.Sai & budc 3

Cau 50. Trong khong gian véi hé toa do Oxyz, cho diém H(2;1;1). Mt phang (P) qua H , cit cac truc toa dd tai
A,B,C va H 1 tryc tdm ctia tam giac ABC. Phuong trinh mat phéang (P) 1a:

x Yy oz x Yy oz
A=—+=4+—+41=0 B.—+=~+—--1=0 C2x+y+z=1 D.2x+y+x+6=0
3766 376 6 Y Y

Cau 51. Trong khong gian voi hé truc Oxyz, cho (P): 2x-y+2z-4=0. Diém nao sau day thudc (P).
A.C(1;0,-2) B. A(1,-1;1) C.B(2;0;-2) D. D(2;0;0)

Cau 52. Diém nao nam trén duong thang (d) 1a giao tuyén ctia x + 2y — z +3 =0 va 2x - 3y — 2z + 6 = 0.
A.(0; 1; 5) B.(-1;-1;0) C.(1;21) D.(1;0;4)

Cau 53. Cho phuong trinh mit phing (P) :x+2y—3x+1=0. Trong cdc ménh dé sau, ménh dé nao dung?
A.Ba diém M(—1;0;0), N(0;1;1),Q(3;1;2) cung thudc mét phing (P).

B.Ba diém M(—l; O;O), N(O; 1;1),1((0; 0;1) cung thudc mat phéng (P).
C.Ba diém M(—1;0;0), N(0;1;2),Q(3;1;2) ciing thudc mét phang (P).
D.Ba diém M (—1;0;0), N(0;1;2),K(1;1;2) cting thudc mat phang (P).

Céu 54. Vecto nao sau day vuong goc véi vecto phap tuyén ctia mit phang 2x - y -z =0?
An=(21;-1) B.n=(1;2;0) C.n=(0;1;2) D.n=(2;1;1)

Cau 55. Cho A(0,2,-3), B(1,—4,1). Phuong trinh mit phang (P) di qua M(1,3,~2) va vudng goc véi AB la:

Ax+y+z—-2=0 B.x—6y+4z+25=0 C3x+y+z—-4=0 D.x—-6y+17=0

Cau 56. Cho hai diém A(-3; 1; 2) va B(1; 0; 4). Mt phang di qua A va vudng goc véi duong thang AB c6 phuong
trinh la:

A dx+y+2z+7=0 B4x-y+2z+9=0 C. 4x-y+2z-9=0 Dadx-y-2z+17=0

Cau 57. Choba diém A(3; 2; -2), B(1; 0; 1) va C(2; -1; 3). Phuong trinh mat phéng di qua A va vuodng goc véi BC la
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Ax+y+2z+3=0 B.x—y+2z-5=0 Cx+y+2z-1=0 D.x—y+2z+3=0

Cau 58. Trong khong gian véi hé truc toa d6 Oxyz, cho ba diém M(1;1;3), N(1;1;5), P(3;0;4) . Phuong trinh nao
sau day la phuong trinh m3t phang di qua diém M va vuong géc véi duong thang NP ?
Ax—y—-z+3=0 B.x-2y—z-3=0 C2x—y—z+2=0D.2x—y+2z—-4=0

Cau 59. Cho tam giac ABC co A(1;2;3), B(4,5;6), C(-3; 0 ;5). Goi G la trong tam tam giac ABC, I la trung diém AC,
(o) lamat phang trung triec cua AB. Chon khang dinh dung trong cac khang dinh sau:

27 14 21
A.G(=;—;—), 1(1,1;4), P x+y+z——=0
(3 3 3) LL4), (a): xty+z 5
271
B-G(g;g;g), I(-1;1;4), (a): 5x+5y+5z—21=0

C.G(2;7;14),  I(—=L1;4), (a): 2x+2y+2z—21=0

D. G(E;Z;
3'3

w|E

)y ILL4), (o) 2x+2y+2z+21=0

Cau 60. Trong khong gian véi hé truc Oxyz, cho diém A(1;-2;1) va (P):x+2y-z-1=0. Viét phuong trinh mit phang
(Q) di qua A va song song vdi (P).
A.(Q):x—2y—z+4=0 B.(Q):x+2y—2z—4=0

C.(Q):x+2y—2z+2=0 D.(Q):x+2y—z+4=0

Cau 61. Phuong trinh mit phing (P) di qua A(1;2;3) va song song véi mat phang (Q):2x—y+z—5=0
A2x—y+z-2=0 B.2x—y+z-3=0 C2x—y+z—-1=0 D.2x—y+z+3=0

Cau 62. Trong khong gian véi hé truc toa d Oxyz . Phuong trinh mét phiang qua A(Z; 5,'1) va song song voi mat
phang (Oxy) la:
A.z—-1=0 B.x—-2=0 C.y—5=0 D.2x+5y+z=0

Cau 63. Trong khong gian véi hé truc toa do Oxyz. Mat phéng qua M(1;4;3) va vuong goc voi truc Oy co

phuong trinh la:
A.y—4=0 B.x-1=0 C.z-3=0 D.x+4y+3z=0

Cau 64. Trong mat phang Oxyz, cho A(1; 2; 3) va B(3; 2; 1). Mit phang di qua A va cach B mot khoang 16n nhat la:
A.x-z-2=0 B.x-z+2=0 C.x+2y+3z-10=0 D.3x+2y+2z-10=0

Cau 65. Trong khong gian véi hé toa dd Oxyz, cho diém A(2;—1;1). Mit phing (P) di qua diém A va cachgde toa
dd O mot khoang 16n nhét c6 phuong trinh la
A2x—y+z—-6=0 B.2x+y+z—-6=0 C2x—y+z+6=0 D.2x4+y—z+6=0

Cau 66. Cho A(l;—1;5),B(3;—3;1).Phuong trinh mat ph:fmg trung trirc ctia doan AB la:
Ax—y—2z-2=0 B.x—y—2z4+2=0 Cx—-2y—2z=0 D.x—y—-2z-7=0

Cau 67. Trong khong gian toa d¢ Oxyz, cho hai diém A(1; -1; 0) va B(-2; 0; 1). Phwong trinh mat phéng trung truc
(P) ctia doan thing AB la:
A. -3x+y+z+3=0 B. -6x +2y +2z-3=0 C. -6x+2y+2z+3=0 D. -3x+y+z-3=0

Cau 68. Néu mat phang () qua ba diém M(0; -1; 1), N(1; -1; 0), va P(1; 0; -2) thi né c6 mdt vecto phéap tuyén la:
An=(112) B.n=(121) C.n=(-1;2;-1) D.n=(2;1;1)
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Cau 69. Phuong trinh mat phéng (P) di qua 3 diém A(3,4,1),B(—1,-2,5),C(1,7,1) la:
A.3x—2y+62-7=0 B.3x+2y+6z-23=0  C3x+2y+6z+23=0 D.3x—2y—6z+5=0

Cau 70. Trong khong gian voi hé toa dd Oxyz, cho ba diém A(0; 1; 2), B(2; -2; 1), C(-2; 0; 1). Viét phuong trinh mét
phang (ABC)
Ax+y+2z-5=0 B.x+2y—4z+6=0 Cx+2y—4z+1=0 D.x-2y—4z+6=0

Cau 71. Trong khong gian véi hé toa d6 Oxyz, cho hai diém A(1;0;1),B(2;1;2) va (P):x+2y+3z+3=0. Viét phuwong trinh
mét phang (Q) di qua 2 diém A,B va vudng géc voéi (P).
A(Q):x—2y+z+2=0 B.(Q):x+2y+z+2=0 C(Q):x—2y—z—-2=0 D.(Q):x—2y+z—-2=0

Cau 72. Cho A(1;71;2),B(72;72;2),C<1;1;71) Phuong trinh cta (a) chita AB va vudng goéc véi mat phéng
(ABC)
Ax—-3y+2z-14=0 B.x+3y—5z+14=0 C.x—3y—5z+14=0 D.x-3y+5z—-14=0

Cau 73. Trong khong gian véi hé truc toa dd0 Oxyz, cho hai diém A(—1;1;5), B(1;2;—1). Phuong trinh nao sau
day la phuong trinh mit phang di qua hai diém A, B va vudng gdc véi mit phang (Oxy)?
A6x—6y+2z+7=0 B.6y+z—-11=0 C.x—2y+3=0 D.3x+z—-2=0

Cau 74. Trong khong gian v6éi hé truc toa d6 Oxyz cho A= (O;O;4>, B= (3;0,‘0), C= (0;4;0) Phuong trinh

mp(ABC) la:
A4x +3y-3z-12 =0 B.4x + 3y +3z-12 =0
Cdx + 3y +3z+12 =0 D.4x-3y + 3z - 12 =0

Cau 75. Phuong trinh mat phang di qua 3 diém A(0;0;1), B(2;1;-1), C(-1;-2;0) la:
A.5x—-4y+3z-3=0 B.5x -4y +3z-9=0 C. 5x-y+3z-33=0 Dx-4y+z-6=0

Cau 76. Trong khong gian voi hé toa do Oxyz, cho hai diém A(2;4;1),B(-1;1;3) va mat phéng (P): x-3y+2z-5=0.
Viét phuong trinh mat phang (Q) di qua hai diém A, B va vudng géc véi mat phang (P).
A.(Q):—2y+3z+5=0 B.(Q):2y+3z—-11=0

C.(Q):x—3y+2z+8=0 D.(Q):—3x—3y+2z+16=0

Cau 77. Cho hai diém M(l; 2;—1), N(O; 1;—2) va vecto ;(3;—1;2). Phwong trinh mat phéng chtta M, N va song
song voi vecto v 1a?

A3x+y—4z—-9=0 B.3x+y—4z—-7=0 C3x+y—3z—-7=0 D.3x+y—-3z-9=0

Cau 78. Mt phang (Q) di qua hai diémA(1; 0; 1), B(2; 1; 2) va vudng géc véi mat phang (P): x + 2y +3z +3=0 cat
truc oz tai diém cé cao dd

A.3 B.1 C.4 D.2

Céau 79. Phuong trinh mat phang (P) di qua hai diém A(1;2,'3), B(Z;—l;—l) va vudng gdéc véi mat phang
(Q):x—y—2z—3:O la:

Ax+y+z—6=0 B.x—y+z—-2=0 Cx—y+z—-4=0 D.x—y+z+2=0

Cau 80. Mat phéng di qua 3 diém M(1;0;0),N(0;—2;0), P(0;0;,—2) c6 phuong trinh la:

A2x—y—z—-1=0 B.x—2y—2z+2=0 C——=—— =1 D.2x+2y+z—-6=0

24| BIEN SOAN VA GIANG DAY THAY TRAN VAN TAI



TAILIEU HOC TAP TOAN 12 - CHAT LUQNG BAI GIANG: TOA PO KHONG GIAN OXYZ

Cau 81. Phuong trinh mit phing (P) di qua 2 diém A(2,-1,4),B(3,2,—1) va vudng goc mit phing
(Q):x+y+2z-3=0 I
Allx+7y—2z-21=0 B.1lx—7y—2z—-21=0 Cllx+7y+2z—-21=0 D.1lx—7y+2z-21=0

Cau 82. Trong khong gian Oxyz, cho 3 diém A(0;1;2),B(2;—2;1);C(~2;0;1). Khi d6 phuong trinh mat phing
(ABC) la: ax +2y —4z+d=0.Hay xac dinh tong a+d.
Aa+d=7 B.a+d=5 Ca+d=-7 D.a+d=-5

Cau 83. Cho A(1;2;-1), B(5;0;3), C(7,2,2). Toa d9 giao di€m M ctia truc Ox v6i mit phang qua ABC la:
A.M(-1;0;0) B. M(1;0;0) C.M(2;0;0) D. M(-2;0;0)

Cau 84. Viét phuong trinh mit phéng (a) di qua gdc toa d6 O va vudng goc véi hai mit phing
(P):x—2y+3z—4=0,(Q):2x—y—2z=0
A5x+7y—3z=0 B.5x+7y+3z=0 C.5x—7y+3z=0 D.5x—7y—3z=0

Cau 85. Phuong trinh mat phing di qua 3 diém A(1;1,0),B(-3;0;,-2),C(1;-1;2) 1a:
A3x—4y—4z+1=0 B.4x—3y+4z+1=0 C.4x+3y—4z+1=0 D.3x+4y+4z—-1=0

Cau 86. Trong khong gian Oxyz, viét phuwong trinh mit phang di qua OA va vudng goc véi mat phang (P) bidt A(0;
2;0)va(P):2x+3y—-4z-2=0
A2x+y=0 B.2x—y=0 C2x—z=0 D.2x+z=0

Cau 87. Trong khong gian véi hé toa d6 Oxyz, cho hai diém A(2;4;1),B(-1;1;3) va mit phang (P): x -3y +2z-5=0.
Viét phuong trinh mit phing (Q) di qua hai diém A, B va vudng géc véi mit phang (P).
A10x—4y+2z—-5=0 B.10x -4y +z+11=0 C.10x—4y+2z—-19=0 D. Dap an khac

Cau 88. Phuong trinh mt phang di qua 2 diém A(l;—l;S),B(O; O;l) va song song voi Oy la:
Adx—z+1=0 B.4y—z+1=0 Cidx—y+1=0 D.x—4z+1=0

Cau 89. Trong khong gian Oxyz, cho mit phang (P)di qua hai diém A(4,-1,1), B(3,1,-1) va song song véi truc Ox.
Phuong trinh nao sau day 1a phwong trinh ctia mit phang (P):
Ax+y=0 B.y+z=0 Cx+z=0 D.x+y+z=0

Cau 90. M3t phing nao sau day chita truc Oy?
A —y+z=0 B. -2x+z=0 C. -2x-y+z=0 D. -2x-y=0

Cau 91. Trong khong gian véi hé toa d6 Oxyz, cho mit phang (a) :3x—z=0. Tim khang dinh dung trong cac
ménh dé sau:

A. (a) D0y B. (a)//(sz) C. (a)//Oy D. (a)//Ox

Cau 92. Trong khong gian Oxyz, cho diém 1(2,6,-3) va cdc mit phang: (a) x—2=0; (ﬁ) y—6=0; (’y) :z+3=0.

Trong cac ménh dé sau, tim ménh dé sai:

A.(a)L(B) B.(7)| Oz C.(8)//(xOz) D.(a) di qua diém I

Cau 93. Trong khong gian véi hé toa dd Oxyz . Mt phang (P) la —x +3z —2 =0 cd phuong trinh song song véi:
A. Truc Oy. B. Truc Oz. C. Mit phang Oxy. D. Truc Ox.

Cau 94. Trong khong gian véi hé truc Oxyz, cho (P): 2x-y+2z-4=0. Mt phing nao sau day song song véi (P).
Ax—y+2z—-1=0 B.2x—y+z—-1=0 C.—2x+y—2z+4=0 D.4x—-2y+4z—-1=0
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Cau 95. Hai m3t phang (a):3x+2y—z+1=0va (a'):3x+y+11z-1=0
A. Song song véi nhau B.Vuodng gdc voi nhau.

C. Trung nhau D. Cat nhau nhung khong vudng goc véi nhau

Cau 96. Trong khong gian véi hé truc Oxyz, cho (P): 2x-y+2z-4=0. Mt phang nao sau day vudng goc véi (P).
Ax—4y+z-2=0 B.x+4y—z-5=0 C.—x+4y+z—-2=0 D.x+4y+z—-1=0

Cau 97. Cho hai m3t phing(a):2x —my +3z—6+m=0,(8):(m+3)x—2y +(5m+1)z—10=0 , hai mit phing

song song voi nhau khi:
Am=6 B.m=1 Cm=0 D. Khong c6 m

Cau 98. Trong khong gian véi hé truc toa d6 Oxyz, cho hai mat phang (P):x+my+3z+4=0 va
(Q):2x +y —nz—9=0.Khi hai mit phiang (P),(Q) song song véi nhau thi gid tri cia m + nbéng;
A.E B.—4 C.—E D.-1
2 2
Cau 99. Cho mp(P): x -2y +2z — 3 =0 va mp(Q): mx +y — 2z + 1= 0. Vi gia tri nao ctia m thi 2 mt phang vudng
goc:
A.m=—-6 B.m=6 C.m=1 D.m=-1

Cau 100.Trong khong gian Oxyz, cho mat phing ba mat phing (P) x+y+z—-1=0, (Q) 2x+my+2z+3=0

va (R) :—x+2y +nz=0.Tinh tong m + 2n, biét rang (P) 1 (R) va (P) / /(Q)
A.0 B.1 C.—6 D.6

Cau 101.Cho hai m3t phang a:x—y\/i+z—4:0 va (3: x+y\/5—z:0. Tim gbéc hop boi a va 3
A.30° B.45° C.90° D. 60’

Cau 102.Trong khong gian véi hé toa dd Oxyz, diém M(1;2;—3)va mit phang(P):x —2y +2z+3=0. Khoang
cach tir diém M dé&n mat phang (P) c6 gid trila:
A.3 B.1 C.4 D.2

Cau 103.Trong khong gian véi hé toa d6 Oxyz cho diém M(3;5;—8) va mat phang (a):6x—3y+2z—28=0.
Khoang cach tir M dén (o) bang:
47 41 45

A.6 B.— C.— D.—
7 7 7

Cau 104.Trong khong gian Oxyz cho A(l; 1;3),3(—1; 3;2),C<—1; 2;3) Khoang cach tir géc toa d6 O téi mit phing
(ABC) bang :

A3 B. V3 C.3 D.

2

N W

Cau 105.Khoang cach t’ A(- 1,3;2) dén mat phang (BCD) voi B(4;0;- 3), C(5; - 1; 4), D(0; 6;1) bang:

72 72 72 72
A — B.— C.— D.—
J786 V76 J87 V77
Céu 106.Khoang cach gifta hai mat phang (P) :2x+y—2z—-1=0va (Q) 2x+y—2z+1=0 la?
A. 2 B. 1 C. 3 D.5
3 5 2
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Cau 107.Khoang cach giita hai mét phing (o):x—2y+z+1=0 va (8):x—2y+z-5=0 la

A6 B.\/5 C.2 D./3

Cau 108.Khoang cach gitta mit phang (P) :2x+y+2z-1=0va mit phang (Q) : 2x+y+2z+5=01a:
A.6 B.1 C.2 D.\3

Cau109.Cho A,B,C lan luot 1a hinh chiu vuéng géc cua diém S(4;1;,—5) trén céc mit phang
(Oxy),(Oyz),(Ozx) . Khoang cach tlr S dén mat phang (ABC ) bang:

A. % B. % c.2\21 D.AB,C déu sai

Cau 110.Trong khong gian véi hé toa do Oxyz, tam gide ABC o6 A(1,2,-1),B(-2,1,0),C(2,3,2). Diém G la
trong tdm ctia tam gidc ABC Khoang cach tir A dén mit phang (OGB) béng bao nhiéu ?

A 3174 B J174 c 24174 D 4174
" 29 " 29 " 29 " 29

Cau 111.Trong khong gian véi hé toa dd Oxyz, cho phuwong trinh mit phing (a) x4+2y+2z4+m=0 va
diém A (1; 1;1) . Khi d6 m nhan gia tri nao sau day d€ khoang cach tir diém A dén mat phéng (a) b?mg 1:
A.—2 hodc —8 B.—-8 C.—-2 D.3

Cau 112.M3t phing (P) ¢ véc to phap tuyén N = (1; 2; 2) va cach gbc toa d6 O(0 ; 0 ; 0) mot khoang béng 2 c6
phuong trinh :
A x +2y+2z2+6=0;x+2y+2z2-2=20

B.x +2y +2z-6=0;x+2y+2z4+2=0

Cx+2y+2z-2=0;x+2y+2z+2=0
D.x+2y +2z+6 =0,x +2y +2z-6 =0

Cau 113.Trong khong gian v6éi hé toa d6 Oxyz, goi (a) la mit phang song song véi mat phang
([3) :2x —4y +4z+3=0 va cach diém A(Z;—3;4) mot khoang k = 3. Phuong trinh cia m3t phang (a)
la:

A.x—2y+2z—-25=0hoac x -2y +2z-7=0.

B. x -2y +2z-25=0.

Cx—2y+2z-7=0.

D.2x —4y +4z—5=0hodc 2x -4y +4z—-13=0.

Cau 114.Tap hop cac diém trong khong gian Oxyz cach déu hai mit phang (P):x—i—y—Zz—?):O va
(Q):x+y—2z+5=0 la:
Ax+y—-2z+1=0 B.x+y—2z+4=0 Cx+y—-2z+2=0 D.x+y—2z—4=0

Cau 115.Trong khong gian Oxyz chomit phang (P):2x +y —2z —3=0. Mit phang («) song song véi mat phang
(P) va cach diém A(1;1;3) mot khoang bang 2. Phuong trinh mét phang (o) la:
A2x+y—-2z-1=0 B.-2x—y+2z+3=0 C.—2x—y+2z-12=0 D.-2x—y+2z-9=0
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Cau 116.Trong khong gian véi hé toa dd Oxyz, viét phuong trinh mat phang (P) song song voi gia cta vécto
7 =(1;6;2), vudng gbc v6i mat phang (a): x +4y +z—11=0 va cach diém M(1;—3;2) mdt khoang bang
4.

A.(P): 2x—y+2z2—3=0 hodc (P): 2x—y+2z=0.

B.(P): 2x —y+2z+43=0 hodc (P): 2x —y+2z—-21=0.
C.(P): 2x—y+2z—-21=0.
D.(P): 2x—y+2z+3=0

Cau 117.T6n tai bao nhiéu mét phang (P) vudng gdéc véi hai mat phang (a): x+y+z+1=0 , (B) : 2x-y+3z-4=0 sao cho

khoang céch tir goc toa do dén mit phing (P) bang V26
A0 B.1 C.2 D. V6sd

Cau 118.T6n tai bao nhiéu mat phing () song song véi mat phang (P):2x — 3y + J3z-7=0 va khoang cach tt
M(1;1;0) dén mit phing («) bang 3.
A0 B.1 C.2 D. Vo6

Céau 119.T6n tai bao nhiéu mit phang (a) song song véi mit phang (P):2x —y +2z—7 =0 va khoang cach ti
M(1;—2;0) d&&n mat phang () bang 1.
A0 B.1 C.2 D. Vo6

Cau 120.Cho hai mat phang (P) x+y—z+1=0, (Q) :x—y+z—-5=0.Diém ndm trén Oy cach diéu (P) va
(Q) 1a:
A.(0;3;0) B.(0;-3;0) C.(0;—2;0) D.(0;2;0)

Cau 121.Trén mat phang Oxy, cho di€ém E c6 hoanh dd bang 1, tung d6 nguyén va cach déu mit phang
(a):x+2y+z—1:0 Vémétphéng (ﬁ):Zx—y—z—i—Z:O.TQa do cua E la:
A.(1;4;0) B.(1,0;—4) C.(1,0;4) D.(1,—4;0)

Cau 122.Tim tap hop céc diém trong khong gian Oxyz cach déu hai mat phang (P) :x—2y—2z—7=0 va mat
phing (Q):2x+y+2z+1=0 la:

A x+3y+4z+8=0 B x+3y+4z—-8=0

| . C3x—y—6=0 D.3x + 3y + 4z + 8=0.
3x—y—6=0 3% —y—6=0 Y vy

Cau 123.Trong khong gian voi hé truc toa dd Oxyz, cho mit phang (P):x+2y —z+1=0. Goi mit phang (Q) la
mgt phang d8i xting ctia mat phang (P) qua truc tung. Khi d6 phuong trinh mit phang (Q) la?
Ax—-2y—z—-1=0 B.x—-2y—z+1=0 Cx+2y+z+1=0 D.x+2y—z—-1=0

Cau 124.Trong khong gian v6i hé truc toa 4o Oxyz, cho mat phing (P):2x —3y + 5z —4=0. Goi mit phang (Q)
la mit phang d6i xting ctia mit phang ( P) qua mit phang Oxz . Khi &6 phuong trinh mit phang (Q) la?
A (P):2x+3y+5z-4=0 B.(P):2x—3y+5z—4=0

C.(P):2x—3y—5z—4=0  D.(P):2x—3y+5z+4=0
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Cau 125.Trong hé toa dd Oxyz, mit phang (o) cdt ba truc Ox, Oy,Oz Ian luot tai ba diém A(—3;0;0), B(0;4;0),
C(0;0;—2) c6 phuong trinh la:
A dx—-3y+6z—-12=0 B.4x+3y—6z+12=0 C.4x+3y+6z+12=0  D.4x—-3y+6z+12=0

Céu 126.Cho ba diém A(0;1;2), B(3;0;1), C(1;0;0). Phuong trinh mat phang (ABC) la:
A2x+3y—4z—-2=0 B.2x -3y —4z+2=0 C.d4x+6y—8x+2=0 D.2x -3y —4x+1=0

Cau 127.M3t phang di qua 3 diém M (1;0;0), N(0;-2;0), P(0;0;—2) c6 phuong trinh la:

A.2X-y-2-1=0 B.Xx-2y-2z2+2=0 C——=—— =1 D.I:—:—

Cau 128.Trong khong gian toa d6 Oxyz, cho diém M(3; 1; 2). Phuong trinh ctia mit phang di qua hinh chiéu ctia M
trén cac truc toa do la:
A.-3x-y-2z=0 B. 2x +6y +3z-6=0 C. 3x+y+2z=0 D. -2x -6y -3z-6=0

Cau 129.Cho diém I(1; 2; 5) .Goi M ,N ,P Ian luot la hinh chiéu ctia diém I trén cac truc Ox ,Oy , Oz, phuong
trinh mat phiang (MNP) la:

X VA X YA X Z X Z
A.—+l——:1 B.—+l+—:1 C.—+l+—:1 D. —+>+—=
1 2 5 1 2 5 5 2 1 2 5
Cau 130.Cho diém M(1,2,3) .Goi A,B,C lan luot 1a hinh chiéu ctia M trén cac truc Ox,Oy,Oz .Viét mat ph:fmg
(ABC)
A.6x+3y+2z—-6=0 B.6x -3y —2z+6=0 C.6x+3y—2z—-3=0 D.6x+3y+2z—-3=0

Cau 131.Trong khéng gian Oxyz, cho diém M(8,-2,4). Goi A, B, C lan luot 1a hinh chiéu cia M trén céc truc Ox, Oy,
Oz. Phurrong trinh mét phang di qua ba diém A, B va C la:
Ax+4y—-2z—-8=0 B.x—4y+2z—-8=0 C.x—4y+2z—-8=0 D.x+4y+2z—-8=0

Cau 132.Cho diém M(1,2,3) .Goi A,B,C Tlan luot la hinh chiéu cia M trén cac truc Ox,Oy,Oz .Viét mat phéng
(a) song song mit phang (ABC ) vadiqua M
A.6x+3y—2z—6=0 B.6x+3y+2z—-18=0 C.ox—3y+2z—6=0 D.6x—-3y+2z-7=0

Cau 133.Trong khong gian véi hé toa o Oxyz mit phing (a)di qua diém M (5;4;3) va cdt cac tia Ox, Oy, Oz cac

doan bang nhau cé phuong trinh la:
Ax+y+z-12=0 B.x+y+z=0 C.5x+4y+3z-50=0 D.x—y+z=0

Cau 134.Trong khong gian véi hé toa dd Oxyz, cho A(2,0,0),B(1,1,1). Mét phang (P) thay ddi qua A,B cét cac truc

Ox, Oy lan luot tai B(0; b; 0), C(0; 0; ¢) (b> 0, c> 0). Hé thic nao dudi day 1a dang.

A.bc=2(b+c) B.bc:%—kl C.b+c=bc D.bc=b-c
c

Cau 135.Mat phéng nao sau day cit cac truc toa do Ox, Oy, Oz Ian luot tai A, B, C sao cho tam gidc ABC nhan diém
G(1; 2; 1) lam trong tam?
A x+2y+2z-6=0 B. 2x+y+2z-6=0 C. 2x+2y+z-6=0 D. 2x+2y+6z-6=0

Cau 136.Trong khong gian véi hé truc toa d6 Oxyz, cho diém A(4; 5; 6). Viét phuong trinh mat phang (P) qua A, cat
cac truc toa d6 lan lwot tai I, J, K ma A 1a triee tdm ctia tam giac IJK.
A2x+3y+z—-29=0 B.x+y+z-15=0 C.4x+5y+6z—77=0  D. Dap an khac
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Cau 137.Trong khong gian voi he toa do Oxyz, cho ba mat phang
(a):2x+4y—52+220, (B):x+2y—22+1:0, (7):4x—my+z+n:0. bé (a),(ﬂ),(y) c6 chung
giao tuyén thi tong m +n la:

A —4 B.—8 C.8 D.8

Cau 138.Cho hai mat phang (P):x+2y+z—-4=0; (Q):2x+y+z—4=0 va diém M(2,0;1). Phuong trinh mat

phang (R) qua M va giao tuyén ctia (P) va (Q) la:
A.3x+3y+2z-8=0 B.3x -3y +2z-8=0 Cx+2y+z—-4=0 D.x+y—-3z+1=0

Cau 139.Cho 3 mit phang (P):y+2z—-4=0, (Q):x+4y—5=0, (R):2x —z+7 =0.Viét phuwong trinh mit phang
(o) di qua giao tuyén 2 mit phang (P) va (Q) dong thoi vudng goc véi mit phang (R).
Ax—6y+2z—-11=0 B.x+6y+2z—-13=0 Cx+2y+2z—-4=0 D.Dap an khac

Cau 140.Trong khong gian Oxyz cho t& dién ABCD c¢6 cac dinh A(1;2;1),B(—2;1;3),C<2;—1;1) va diém
D(O; 3;1). Phuong trinh mat phang (P) di qua 2 diém A, B sao cho khoang cach tir C dén (P) bang
khoang cach tir D dén (P) la:

dx+2y+7z—-15=0 B 4x -2y +7z—-1=0

. C4x+2y+7z—15=0 D.2x+3z—5=0
2% +3z-5=0 2% +3z—5=0 Y

Cau 141.Trong khong gian véi hé toa d6 Oxyz, cho 4 diém A,B,C,D véi A(1;—1;2), B(1;3;0), C(-3;41),
D(1;2;1). Viét phuong trinh mat phang (P) di qua A, B sao cho khoang cach tit C dén (P) bang khoang
cachtx D dén (P).
Al* +2y+4z—-7=0
x+y+2z—-1=0

x+2y+4z+7=0
Xx+y+2z—-4=0

Xx+2y+4z—-7=0
2x+y+2z-5=0

B x+2y+4z—-7=0
x+y+2z-4=0

Cau 142.Trong khong gian véi hé toa d6 Oxyz, cho cac diém M(—1;1;0),N(0;0;,—2), E(1;1;1) . Viét phuong trinh
mét phang (P) qua M va N, dong thoi khoang cach tir E dén mit phang (P) bang J3.

x—y+z+2=0 x—y+z+2=0 x—y+z+2=0 x—y+z+2=0
7x+5y+z—-2=0 2x—=5y+z+2=0 7x+5y+z+2=0 S5x+7y+z—-2=0

Cau 143.Trong khong gian véi hé toa d6 Oxyz cho diém M(l;O;O) va N(O; 0;—1) , mat phéng (P) qua diém M,N
va tao v6i mit phing (Q) : x — 1y —4=0 mdt goc bang 45° . Phuong trinh mit phang (P) la:

2x—2z+2=0

2x—2z—2=0

2x—y—2z+2=0
2x—y—2z—-2=0

y=0
2x—y—2z+2=0

y=0
A.
2x—y—2z—-2=0

Cau 144.Trong khong gian véi hé toa dd Oxyz, cho hai mit phang (P):5x—2y+5z—1=0 va
(Q):x—4y—8z+12=0. Lap phuong trinh mit phing (R) di qua gdc toa d6 O, vudng géc véi mat
phang (P) va tao v6i mat phing (Q) mot goc a = 45°.

x—z=0

x—=20y+7z=0

x+z=0
x+20y+7z=0

x—z=0
x=20y+7z=0

x—z=0
x+20y+7z=0

. . . .
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CHUONG III: TOA PO TRONG KHONG GIAN

CHU PE 3. Phuong trinh dwdng thang va bai toan lién quan

A - PHUONG PHAP GIAI TOAN
— D@ viét phuong trinh duong thang (d), ta can xac dinh diém di qua M(x,;y,;z,) va mot

vécto chi phrong (co gia song song hoac trung vdi d) la u, =(a;a, ;).

e DiquaM(x,;y,;z,) X=X, +at

(d): — =|d):{y =y, +at|, (t€R): goi la phuong trinh tham s6.
e VICT:u, =(a;;a,;a,) =y 2 & P &
z=z +a,;t
— Né&u a,a,a, =0 thi (d) dugc viét dang chinh ticla ()2 e =YY 27 %,
al aZ a3

B - CAC DANG BAI TOAN PHUONG TRINH PUONG THANG

BT1. Viét phuong trinh tham s& cua dwong thdng d di qua M va co VTCP u, cho trweokc:

» * Qua M(x,;y,;2,) Fex At .
— s d): _ =d:{y=y, +at (teR): dang tham so
® VICP:u,=(a;a,;a,) 2=z +a
a) M(1;2;-3), u, =(—1;3;5). b) M(0;—2;5), u, =(0;1;4).
¢) M(1;3;-1), u, =(1;2;—1) d) MG-1,-3),  u, =(1;-2;0)

BT 2. Viét phuong trinh tham s6 cua dwong thang d di qua hai di€ém A va B:
P g, OQuaA(ﬁayli d
* VICP:u, = AB
a) A(2;3;-1), B(1;2;4). b) A(1;—1;0), B(0;1;2).
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BT 3. (TN -2015) Cho A(1;-2;1), B(2;1;3) va mat phéng (P):x—y+2z—3=0. Viét phwong trinh
dwong théng AB va tim toa d0 giao diém ctia AB véi mat phéng (P).

~ x—1 y+2 z-1

Dap s6: AB: : 3 va ABN(P)= M(0;-5;-1).

d
BT 4. Viét phuong trinh tham s6 cua d di qua M va song song voi dwong thang A: A

P J QuaM_' B 4
® VICP:u,=u, fa
x=2-3t x=3+4t
a) M(2;,-5;3), A:{y=3+4t, (teR). b) M(1;,-3;2), A:{y=2-2¢t, (teR).
z=5-2¢ z=3t-1

: d) M(5;2-3), A X3 _y=1_2+2
4 2 3 2 3 4
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BT 5. Viét phuwong trinh tham s6 cua d qua M va vuong goc voi mp(P):

o2 * Qua M
— A: —_
® VICP:u, =n,,
a) M(—2;4;3), (P):2x—3y+6z+19=0. b) M(1;-1,0), (P)=(Oxy)
c) M(3;2;1), (P):2x—5y+4=0. d) M(2;-3;6), (P):2x—3y+62z+19=0.

BT 6. (TNTHPT -2014) Trong khong gian v6i hé truc toa d¢ Oxyz, cho diém A(1;—1;0) va mat
phang (P):2x—2y+z—1=0.
a) Viét phwong trinh tham s& ctia duong thang d qua A va vudng gdc véi mit phang
(P).
b) Tim M e (P) sao cho AM L OA va d6 dai AM bang 3 Ian khoang cach tir A dén (P).

x=142¢
Déap s6. Puong thang d:{y=-1-2¢, (t€R) vatoa do di€ém M(1;—1;,-3).
Zz =
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BT 7. Viét phuong trinh tham s6 cua duwong thang d la’ giao tuyén cua hai mat phang (P) va

(Q):
P, Tim VIPT ciig |4 T B+ G2 D =0=m,) =(4,:5,,C,)
(Q): Ayx+ B,y +C,z+D, =0=n, =(A,;B,;C,)

o A e Ax+By=—(Cz +D _
Lay A thuoc giao tuyén, bang cach cho: z=z, :>{ By ==z, +D) = {x

Ax+By=—(C,z +D,) |y=..

® Diqua A
= A(..;e;...) . Khi do; dwong thing d: - — —
. VTCP:ud:[n(P),n(Q)]
2) (P):6x+2y+2z+4+3=0 b) (P):2x—3y+3z—4=0
(Q):3x—5y—2z—-1=0 (Q):x+2y—z+3=0
J) (P):3x+3y—4z+7=0 d) (P):2x+y—2z+3=0
(Q):x+6y+2z—6=0 Q):x+y+z—-1=0

BT 8. Viét phuong trinh tham s6 cua duwong thdng d di qua di€m M va vudng goc voi hai
dwong thang d,, d, cho trudc trong cac treong hop sau:

gy | JT;; judz
. VTCP:ud:{udl,u }

d,

x=1+2t x=1-+t
a) M(1;0;5), d :iy=3-2t, (teR), d,:{y=2+t", (t'€R).
z=1+t z=1-3¢t
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x=1+t x=1+3t
b) M(2;-1;1), d:jy=-2+t, (teR), d,:iy=-2+t', (t'eR)
z=3 z=3+t
x=1-—t X =
Q) M(1;-2;3), d:ly=-2-2 (teR), d,ly=—2+t, (' €R).
z=3-3t z=3+¢t
x=-—7+3t x=1+1¢
d) M4;1;4), d:ly=4-2t , (teR), d,:ly=—9+2t', (t €R).
z=4+43¢t z=-12—+

BT 9. Viét phuong trinh tham s6 cua duwong thang d di qua M, vudng goc va cat duong thang
Az
— . Tim H la toa d6 hinh chiéu cia M lén duong A. M
A
e QuaM
Khi 46 duomg (@):]" "

e VICP:u, = MH
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x=t x=-3+2t
a) M(L2-2), A:ly=1-t, (teR) b) M(-4;-2;4), A:ly=1-t ,(teR).
z=2t z=—1+4+4t
x=143t x=t
) M(2;,-1,-3), A:{y=1+t , (t€R). d) M(3;1;,-4), A:jy=1—t, (teR).
z=-—2+2t z=-—2t

BT 10. Viét phuwong trinh dwong thang d di qua di€m M va' cdt ca hai dwong thang d,, d, cho

17 72

trreo’c:

— . Goi M, ed, va M, ed, =M, M, (dang tham s6)

Do 3 diém M, M,, M, thing hang < [MMl,MMZ} =0,

Suy ra toa do M,, M,.

; * QuaM \
Khi doé duong thang (d): Q - — d
e VTCP:u, = MM,
a) M(1;0;5), dlzx—lzy—?):z—l, dz:x—lzy—2:z—1
2 -2 1 -1 1 -3
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x=1+t x=1+3t

b) M(2;-1;1), d:jy=-2+t, (teR), d,:{y=-2+t', (f eR).
z=3 z=3+t'
x=1+3t x=—t'

c) M(2;1;,-1), d :yy=—-2+4t, (teR), d,:iy=t", (t'€eR)
z=-3+5¢ z=2t

BT 11. Viét phuong trinh dwong thing d qua diém M, cat duong thang 4, va vudng goc d, :

x=x,t+at
", Chuyén d,:{y =y, +a,t vé dang tham so. d &
z=1z +a,t
d M i
Gid st dnd, ={H}= H(x, +at; x, +a,t; x, +ayt). / .
Uy
Do d quaM, Hva Ld, nén MH Ld,= MHu, =0=t= H.
Khi d6 dwong thing d di qua hai diém M va H.
) x=-1
a) M(0;1;1), dlzxglzy%:? d,:\y=t , (teR)
z=1+t
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x=2
b) M(1;1;1), dlxglzlﬁlzi, @:y:1+%,UGR)
B z=—1—t
Q) M(=1;2;-3), d x+1_1:é_,i, dfx—l_y+1_z—3
6 -2 =3 3 2 -5

BT 12. Viét phuong trinh duwong thdng d, biét d ndm trong mit phang (P) va cit ca 2 duong

thang d,, d, trong cac truong hop sau: d, d,
2 Ar=d NP
L T P40 ey
{B}=d,n(P) | B
P e
; ® Qua A
Khi d6 dwong thang (d): © - /f/
* VICP:u,— AB
x=2—t
a) (P):y+2z=0, dl:x_llz%:i d,:ly=4+2t, (tER).
a z=1
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x=1+2t x=1-+
b) (P):6x+2y+2z43=0,  d :ly=3-2t, (teR), dly=2+t", (' €R)
z=1+t z=1-3¢
x=-7+3t x=1+t
C) (P):2x—3y+3z—4=0, d:{y=4-2t , (teR), d,:iy=-9+2t', (' €R)
z=4+3t z=—12—t

BT 13. Viét phuong trinh duong thang d la dwong vudng goc chung cua 2 duwong cheo nhau
d,d,:

* Goi Aed, Bed, duoi dang tham so.

Cun .. [ABLd  |ABLu,
e Tiwdiéu kze,n{ ! l a

{1, _L=A, B
Ldy, |AB Lu,
e Khido'd la’ duong thing AB.
x=3-2t x=2+3t
a) d:jy=1+4t , (teR) d,:{y=4—t", (t'eR)
z=-2+44t z=1-2t
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b) 4, _:y__1:E, dq, x+4_y+5_z—4
-1 1 3 -1 -1
3 9 x=3+4+7t
x—=7 Y- zZ—
Cc) d = = , d {y=1-2t, (teR
) d 1 2 —1 1Y (teR)
z=1-3t
x=1+2t x=-2+3t
d) d,:{y=-3+t, (teR), d,:iy=1+2t" , (' €R)
z=2+43t z=—4+4t

BT 14. Viét phuong trinh duong thidng d hinh chiéu cua dwong thang A 1én mat phang (P):
Néu An(P)={1}-
e Tim toa do diém 1.
e Chon mot diem M trén A, (M =1).
e Tim hinh chiéu cia M lén mdt phdng (P) la H.
e Phuong trinh duong thing d di qua hai diém 1 va H.
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Néu AN(P)=2= A || (P). Suy ra duong thing d cin tim la duong thing song song véi
A.

e Chon 1 diém M bit ky trén duong thing A.

e Tim hinh chiéu vudéng géc ctia M lén mdt phing (P).

e Phuong trinh duomg thing cin tim di qua H va ¢6 VICP: u, =u,.
Néu A 1(P) thi duong thing d, suy bién thanh diém I.

A.x+2_y—3_z—1 x=3 y—-2 z42

: A
a) 2 -1 3 b) ~1 2 3
mp(P):2x—y+2z+3=0 mp(P):3x+4y—2z+3=0
x+1 y-1 z-3 A-i_l_z_l
<) 1 2 -2 d {72 1 1
mp(P):2x -2y +z—-3=0 mp(P):x+y—z+1=0

BT 15. Viét phuong trinh dwong thing d di xting véi dwong thing A qua mit phang (P):

x—2 y+2 z-1 x—1 y-2 z
a) 3 4 1 b) 1 -2 -1
mp(P):x+2y+3z+4=0 mp(P):2x—y—3z+5=0
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|5x—4y—2z-5=0 A.x—y—z—le
) { |x+2z-2=0 d) |x+2z-2=0
mp(P):2x—y+z—-1=0 mp(P):x+2y—z—-1=0

C- BAI TAP TRAC NGHIEM

Cau 1. Trong khong gian Oxyz duong thang d di qua goc toa d6 O va c6 vec to chi phuong
ﬁ(l; 2;3) c6 phuong trinh:

x=0 x=1 x=t x=—t
Ad:ly=2t B.d:jy=2 C.d:{y=23t D.d:{y=-2¢
z=23t z=3 z=2t z=—3t
X=2+2t
Céu 2. Cho duong thang (d): -3t thi (d) c6 phwong trinh chinh tac la:
z7=-3+5t
AX+2_y _2-3 BX-2_y _2+3 o Xx=2_y 2+3 . x+2_y 2-3
2 -3 5 2 -3 5 1 1 1 1 1 1
x=1+t
Ciu 3. Trong khong gian (Oxyz) cho duong thang A c6 phuong trinh tham s& |y =2 —2¢
z=3+t

Diém M nao sau day thudc duong thang A?

A. M(1;-2;3) B. M(1;2;3) C. M(1;2;-3) D. M(2;1;3)
. A . LA A . g x-1 y-3 z+2
Cau 4. Trong khong gian voi hé toa do Oxyz cho dwong thang d: =5 = . Phuong
trinh nao sau day la phuong trinh tham s6 caa d ?
X=1+t X=1+t
A.{y=2+2t(teR) B..y=3-2t (teR)
z=1+3t 7=-2+3t
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C.iy=3-t (teR) D.  y=2+t(teR)
7=-2+3t z=1-t
x=1+t
Cau 5. Trong khdng gian (Oxyz) cho duong thang A cé phuong trinh tham s§ {y =2—2¢. Khi d6
z=3+t
duong thang A c6 phuong trinh chinh tac la:
A x+1 y+2 z+43 B x—1_ y+2 z-1 C x+1 y—2 z+1 D x—1 y—-2 z-3
1 21 1 2 3 1 23 1 21
X=-1+2t
Cau 6. Cho duong théng d: 1y =3+7t vahai diém M(1;10;-5), N(-5;-11;-5) ta co:
7=-2-3t
A.Med vaNed B.M edvaN¢d
CMegd vaNed D.Mgdva Ned

Cau7. Trong khong gian véi hé toa dd Oxyz cho duong thang d c6 phuong trinh:
Xx+3 y+1 z-3

2 1 1
A.A(-3,-13) B. A(3;1-3)

. Diém nao sau day thudc duong thang d ?

C. A(2;1,1) D. A(-2;-1;,-1)

Cau 8. Cho duwong thang d di qua M(2; 0; -1) va c6 vecto chi phuong a(4;—6;2) . Phuong trinh
tham s6 ctia duong thang d la:

x=-2+2¢ x=2+42t x=4+4+2t x=—-2+4¢
Ady=-3t B.iy=-3t Cly=-6-3t D.{y=—6t
z=1+t z=—1+t¢ z=2+t z=1+2t

Cau 9. Cho duong thang A di qua diém M(2;0;—1) va cd vecto chi phuong a=(4;—6;2). Phuwong
trinh tham s6 cua A la:

x=242t x=4+2t x=—-2+4t x=—-2+2t
A ly=-3t B.iy=—-6-3t C.ly=—o6t D.jy=-3t
z=—1+t¢ z=2+t z=1+2t z=1+t

Cau10. Cho dudng thdng A qua A(1;0,—1) va c6 véc to chi phwong u(-2;4;6). Phuong trinh

tham s6 ctia duong thang A 1a:

x=—-1-2¢ x=-—2+4t x=1-+t x=1—t
Ajy=4t B.iy=4 C.ly=-2t D.ly=2¢
z=1+6t z=6-—t z=-—1-3t z=1+3t
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x=1+2t
Cau11. Cho diém M(2;-3;5) va duong thang (d):{y=3-t (teR) . DPudng thing (A) di qua M
z=4-+t

va song song véi (d) cé phuong trinh chinh tic la :

A x—2:y+3:z—5 B x+2:y—3:z+5
1 3 4 1 3 4
Cx+2_y—3_z+5 Dx—Z_y+3_z—5
T2 -1 1 2 -1 1

Cau 12. Phuong trinh duong thang di qua diém M (1; 1; 1) va song song véi duong thang

x=2+t
y=-l+t,(teR)la:
7=3+t
x=—1+¢ x=1+2t
Ay=-1+t,(teR) B.iy=1-t ,(teR)
z=—1+t z=1+3t
C. x—1=y—1=z—1 D.x—lzy—lzz—l
2 -1 3 1 1 1

Cau 13. Phuong trinh chinh tic ctia duong thang d di qua diém M(2;0;—1) ¢ vecto chi phuong

1=(4;-6;2) la:
A}%ZIJLZZ+1 B.3c+2:_y_:,z—1 Cf+2:JL:z—1 [lx—4:y+6:z—2
2 -3 1 4 -6 2 2 -3 1 2 -3 1

Cau 14. Phrong trinh dwong thing d qua A(1; 2; 3), ¢6 véc to chi phuong u=(1;2;—3) 1a:

) ) 3 x=1+4+t¢ x=1+t¢
A'xI :y; :ZJ; B.x+2y—3z+4=0 Cly=2+2t D.ly=2+2t

Cau 15. Trong khong gian Oxyz, truc x’Ox c6 phuong trinh la:

x=0 x=t x=t x=1
A . Jy=t B.<y=0 C.5y=0 D.<{y=t
z=t z=t z=0 7=t

Cau16. Cho di€m A(L,4,~7) va mit phang (P):x+2y—2z+5=0. Phuong trinh duong thang di
qua A va vudng goc véi mit phang (P) la:
Axfl_y—4_z+7 Bxfl_y—4_z+7 fol_y—4_z+7 Dx+1_y+4_z—7
1 2 2 Tl 2 -2 1 2 -7 T 2 -2

Cau17. Cho duong thing d di qua difm A(1;2;3) va vudong goéc véi mit phang
(a):4x+3y—7z+1=0. Phwong trinh tham s& cua 4 la:

x=1+44t x=-1+8t x=1+3t x=—1+4t
A.y:2+& B.y:—2+& C.yzZ—M D.y:—2+%
z=3-7t z=-3-14t z=3-7t z=-3-7t
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Cau18. Goi (d) l1a duong thang di qua diém A(2;3;5)va vudng géc mit phang (P):
2x + 3y +z-17=0.Tim giao diém cua (d) va truc Oz.

A.(0;0;6) B.(0;4;0) C.(0;0;4) D.[O; 0;;]

Cau 19. Trong khong gian véi hé toa dd Oxyz, phuong trinh duong thang (d) di qua N(5;3;7) va
vuong goc véi mat phang (Oxy) 1a :

x=5 x=>5 x=5+t x=5
A.ly=3+t (teR) B.iy=3 (teR) C.ily=3 (teR) D.iy=3 (teR)
z=7 z=7+2t z=7 z=7+t

Cau 20. Trong khong gian Oxyz viét phuong trinh tham s6 ctia duong thang (D) di qua
E(2;4;—-2) va vudng géc mit phang (yOz).

X=2+t X=2
A.(D):sy=-4 (teR) B. (D):<y=—-4+t(teR)
z2=-2 1=-2
X=2 X=2+t
C.(D):sy=-4 (teR) D. (D):<y=-4+t(teR)
Z=-2+t z1=-2=t

Cau 21. Trong khong gian véi hé truc toa d0 Oxyz, cho hai diém A(1;-1;3), B(-3;0;—4). Phuong
trinh nao sau day la phuwong trinh chinh tac cia duong thiang di qua hai diém A va B?
AXFT3_y _y—4 BXt3_v _y+4 cx-1_y+1 y=3 px+1_y-1_ y+3
T4 17 1 -1 3 T4 -1 7 T4 1 7

Cau 22. Trong khong gian Oxyz, duong thing d di qua hai diém A(2;0;3),B(1,2;1) c6 phuong
trinh tham s la:

x=1+t¢ x=2—t x=2+2t x=2+t
Ay=2-2¢ B.iy=2¢ C.ly=—4t D.iy=2t
z=1+4¢ z=-3+4¢ z=-3+48t z=-3+44t

Cau 23. Phuong trinh dwong thang di qua hai diém A(1; 2; -3) va B(3; -1; 1) la:
A x—1 y—-2 z43 B x—3 y+1 z-1 C x+1 y+2 z-3 D x—1 y—-2 z+3
"3 -1 1 1 2 -3 2 -3 4 2 3 4

Cau 24. **Trong hé toa do Oxyz cho 2 diém A(1;2;3) va B(2;1,2). Phwong trinh duong th:fmg nao
duéi day khong phai la phuong trinh duwong thang di qua 2 diém A va B
A.x—lzy—Zzz—S B.fzy__?’:ﬂ C'x—zzy—lzz—Z D'x—3:z:z+1
1 —1 —1 1 -1 -1 -1 1 1 -1 1 1
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x=1-t
Cau 25. Trong khong gian Oxyz , cho hai duong thing d, : >~ 2_Y +12 == I AP d,:{y=1+2t va
- z=—1+t

diém A(1;2;3). Puong thang A di qua A, vudng gbc véi d, va cat d, c6 phuong trinh la:
.Aﬁ—lzy—zzz—S B.x—1:y—2:z—3 C}%J:y—222—3 [lx—lzy—222—3
1 3 -5 1 -3 -5 -1 -3 -5 1 3 5

Cau 26. Trong khong gian véi hé toa do Oxyz, cho duong théng d: X;Ll Y Il = Zgz

phing (P):x—y—z-1=0.Dudng thdng A qua A(1,1,1) song song vdi mit phing (P) va

va mat

vuodng goc véi duong thang d. Vécto chi phuong ctia A la:
A.(1,-1,-1) B.(2,-5,-3) C.(2,1,3) D.(4,10,-6)

Cau 27. Cho A(0;0;1), B(-1;-2;0), C(2;1,—1). Duong théng A di qua trong tam G cua tam giac
ABC va vuodng goc véi mp(ABC) cé phurong trinh:
1 1 1 1

x=—+b5t x=—+5t x=——>bt x=——>bt
3 3 3 3
1 1 1 1
Aldy=——44t B.ly=—=—4t Cly=—=—4t Dy=—=—4t
Y 3 Y 3 Y 3 Yy 3
z=23t z=23t z=—3t z =23t

Cau 28. Trong khong gian véi hé toa do Oxyz, cho duong théng d: x;Ll _Y Il _z=2

phang P: x—y—z—1=0. Viét phuong trinh duong thing A di qua A(1;1,—2), song song

va mat

v6i mat phang (P) va vudng gdc véi duong thang d.

AZ&x—lzy—1:z+2 BZ&x—lzy—1:z+2
T -1 -1 T2 5 -3
CA‘x+1:y+1:z—2 [)A.x—lzy—1:z+2
) 5 -3 ) -5 -3

Cau 29. Trong khong gian Oxyz, cho cac diém A(1;3;2),B(1;2;1),C(1;1;3). Phuwong trinh duong
thang di qua trong tam G cta tam gidc ABC va vudng gdc véi mat phang (ABC) la:

x=1+t x=1+2¢ x=1+2¢ x=1+t¢
Aly=2 B.iy=2+t Cly=3+t D.ly=2
z=2 z=2—t z=2—t z=23
x=1+t¢ .
Cau 30. Trong khong gian cho hai dwong thang:d, :iy=2 ; d,: x;L :%: Z;Z . Phuong trinh
z=3—t

ctia duong thang d di qua O(0;0;0) va vudng gdc véi ca d, va d, la:
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x=t x=t x=t x=1
A.ly=-5¢ B.iy=t C.iy=5t D.{y=-5¢
z=t z=t z=t z=1

Cau 31. Cho hai diém A(3;3;1), B(0;2;1) va mp(P): x+y+z—7=0.Duong thang 4 nam trén mp(P)
sao cho moi diém cta d cach déu hai diém A, B ¢6 phuong trinh la:

x=—t x=t x=t x =2t
Ay=7-3t B.iy=7+3t Cly=7-3t D.iy=7-3t
z=2t z=2t z=2t z=t

Cau 32. Trong hé Oxyz cho cac diém A(3;3;1); B(0;2;,1) va (P):x+y+z—7=0. Goi d la duong
thang nam trong (P) sao cho d(A;d) = d(B;d) . Khi &6 phuong trinh duwong thang d la:

x=~—t x =2t x=t x=t
A. y=7-3t B. y=7-3t C. y=7+3t D. y=7-3t
z=2t z=t z=2t z =2t

3x—2y+z-10=0

Cau 33. Trong khong gian véi hé toa d6 Oxyz cho duong thang d: . Vecto chi
xX+2y—4z+2=0
phuong cua d c6 toa do la:
A.(6;,-13;8) B.(6;13;-8) C.(6;13;8) D.(—6;13;-8)
A \ M 7 \ A? 7 \ X + Zy —Z= O \
Cau 34. Cho dwong thang (d) co phuong trinh tong quat la . Phuong trinh
2x—y+z+1=0
tham s6 cta (d) la
1
x=t X=—gti x=—1+t x=t
Aly=1+3t B.iy=2t C.ly=1+3t D.iy=-1-3¢
z=2+5t z:—%+3t z=—5t z=-2->5t

Cau 35. Biét duong thiang 4 la giao tuyén ctia hai mit phang (a):3x+2y—z—1=0va
(8):x+4y —3z+2=0. Khi &6, vecto chi phuong ctia duong thang d c6 toa d9 la:
A.(0;4;5) B.(2;—4;-5) C.(1;,—-4;,-5) D.(-1;-4;5)

Cau 36. Trong khong gian Oxyz cho hai mit phang (P): 2x+y-z-3=0 va (Q): x+y+x-1=0. Phuong
trinh chinh tic duong thang giao tuyén ctia hai mat phang (P) va (Q) la:
y—2:z+l B x+1:y—2:z—l Cx—1:y+2:z+1 D£:y+2:z—1

Ax
2 3 1 -2 -3 1 2 3 1 2 -3 -1

Cau 37. Diém nao nam trén duong thang (d) 1a giao tuyén ctia x + 2y — z +3 =0 va 2x - 3y - 2z +
6=0.
A. (0;1,5) B. (-1;-1;0) C. (1,21 D.(1;0;4)
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Cau 38. Trong khong gian véi hé toa d6 Oxyz, cho diém M(0;1;1) va 2 duong thang (d1), (d2)

voi: (di): X1 y_;zzg ; (d2) la giao tuyén cta 2 mit phing (P): x+1=0 va (Q):

x+y—z+2=0. Goi (d) la duong thang qua M vudng géc (d1) va cat (d2). Trong s3 cac
diém A(0;1;1), B(-3;3;6), C(3;-1;-3), D(6;-3;0), c6 may diém nam trén (d)?
A.2 B.0 C.1 D.3

Nhém 4: Tim giao di€m ciia dwong va mat

Cau 39. Trong khong gian Oxyz toa d6 giao diém M ctia dwong thang d:>— 12_y=9_z-1

51 "
mat phang (P): 3x + 5y —z -2 =0 la:
A. (1;0;1) B. (0;0;-2) C. (1;1;6) D. (12;9; 1)

Cau 40. Trong khong gian toa dd Oxyz, cho mat phang (a):2x+y+2z+5=0 va duong thang

g x-1_y=3_z-2 Toa d0 giao diém cta d va (a)la
3 -1 -3
A.(4,2,-1) B.(-17,9,20) C.(-17,20,9) D.(-2,1,0)
Cau 41. Trong khong gian véi hé truc toa d6 Oxyz, cho duong thang d:> 1 :ll— 212 oy mat
phang (P):x+2y—z—3=0 . Khi d6 toa d9 giao diém M cta d va (P) la:
A.M(-3;1;-7) B. M[3 L 7] C. M[ 3,1 7} D.M[—E;l;—z]
2°2"2 2'2'2 22 2

Cau42. Trong khong gian véi hé toa d6 Oxyz,dudng thang A:%:y—ﬂzz_l

di qua diém

-1
M(2;m;n) . Khi d6 gia tri cia m, n [an luot la :
Am=-2n=1 B.m=2n=-1 Cm=—4n=7 D.m=0;n=7
A A . . , . 2 x+y+z=3 . 2
Cau 43. Toa d0 giao diém I ctia duong thang (d) , vamit phang (a) 2x—3z+1=0:
X—y=

A.1(1;1;,0) B.1(2;1,0) C.1(1;1;1) D.1(1;2;0)
x=t

Cau 44. Giao diém cta duong thang {y=1+¢ va mat phang (P):2x+y—3z+5=0 la:
z=1-2¢

A. M(L;—3;4) B. M(1;3;4) c.m=t2.2 D.m=L2;2)

333 3 33

Cau45. Trong khong gian véi hé truc toa dd Oxyz, cho phuong trinh duong thang

XT_lzy—Jrll:i va mit phang (P):x—y—z—-3=0. Toa d6 giao diém A ctia d va (P)la

A. A(3;-2;4) B. A(-3;1,—8) C. A(—1;0;—4) D. A(-1;1;-5)

d:
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Cau46. Trong khong gian véi hé toa d6 Oxyz,goiMla giao diém cua duong thang
x—=2 Yy z+1

A== va mit phang (P):x+2y-3z+2=0 . Khi d6 :

A.M(5;,-1;,-3) B. M(2;0;-1) C.M(-1;1;1) D. M(1;0;1)

Cau 47. Giao difm A ctia duong thang A:x+1= yT—l = % va mit phang (P):2x—2y+z-3=0
coO toa do:

A. A(~2;,—1;,-5) B. A(~2;,-1,5) C. A(-2;1;5) D. A(2,~1;5)

Cau 48. Trong khong gian véi hé truc toa dd Oxyz cho mit phang (P):x+2y—z—-5=0 va dudng
x-3 'y z+1

thang d: == toa d¢ giao diém cua (P) vadla:

A.(3;1;0) B.(0;2;,-1) C.(LL-2) D.(5,-1;0)

Cau49. Toa dd giao diém cua duong thang d: xT—l = y_+21 :i va mit phang
(a):3x+2y+2z-1=0 la:

A.(-1,0,1) B.(1,-1,0) C.(-1,1,0) D.(1,0,-1)

Cau50. Trong khong gian Oxyz, toa d6 giao diém cua hai duong thing
dl:x+1=y—1=z—3 2:izy—1=z+3 I
3 2 -2 1 1 2

A. 3;2,1) B. 3;1,2) C. (2;,1,3) D.(2,'3,'1)

x-1 vy =z x+1 y+1 z—-1

Cau 51. Trong khong gian Oxyz,cho 2 duong thang d, : TR N ;- va
mat phang (P):2x+ 3y —2z+4=0 .Viét phuong trinh duong thang A ndm trong (P) va
cat d,d,
A x+2 y—3 z-1 B x—3 y+2 z-2
T3 2 2 -6 2 -3
C x+1 y—2 z+2 D x+3 y—2 z-2
"3 2 3 "6 2 3

Cau 52. (khong c6 dap an) Trong khong gian Oxyz, duong thang d nam trong mat phang Oxy

x=1+t x=2-2t
va cat ca hai duong thang d,:1y=2+3t; d,:{y=-3+2t ¢ phuong trinh la:
z=3—t z=1+t
x=4 x=4 x=4 x=4+t
Ajy=t B.iy=16t Cly=t D.ly=11+t¢
z=0 z=t z=t z=0

Cau 53. Trong khong gian Oxyz viét phuong trinh tham s6 cua duong thang (D) qua H(2;-3;4)
va vuong goc voi truc y’'Oy tai K.
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X=2 x=t
A. (D):xy=-3-4t(teR) B. (D):1y=-3(teR)
7=4-2t z=2t
Xx=2-4t x=0
C.(D):sy=-3-2t(teR) D. (D):y=-3+2t(teR)
z2=4 z=t

x—3:_y—37£’ mp(a):x+y—z+3=0 va

Cau 54. Trong khéng gian Oxyz cho duong thang d:

1 3 2
diém A(1;2;-1). Puong thang A qua A cat d va song song véi mp(a) c6 phuong trinh 1a
Ax—l_y—2_2+1 Bx—l_y—2_2+1 Cx—l_y—2_2+1 Dx—l_y—2_2+1
-1 2 1 1 2 -1 T 2 1 121

Cau 55. Duong thang di qua diém A@2;-5;6), cat Ox va song song véi mit phang
x+5y—6z=0c6 vecto chi phwong la:
A.(1;5;-6) B. (1,0;0) C.(-61;5;-6) D.(0;18;15)

Cau56. Phuwong trinh duong thang di qua diém A(2 ;-5 ;6), cat Ox va song song véi mat phang
x+5y—6z=0 la:

x=2-61t xX=2+t x=2
Aly=—5+5 B.ly=-5 C. xizzyfzz‘: D.ly=—5+18
7=6-6¢ z2=6 z=06+15¢
Cau57. Cho hai duong thing dlzxz7:y;3:7“_1gvé dzzx_73:y;1:251. Phuong trinh
duong vudng goéc chung cua 4, va 4, la
A.x—3:y—1:z—1 B.x—7:y—3:z—9 C.x—7:y—3:z—9 D.x—7:y—3:z—9
-1 2 —4 2 -1 4 2 1 4 2 1 —4
Cau 58. Cho hai duong thiang d:x_23:y;6:211;d': y=—t . Duong thang di qua A(0;1;1) cat
a z=2
d’ va vuong goc d cé phueong trinh 1a?
Al v =21 pr_y-1_z-1 c.*_y-t_z-1 p.*_y-t_z-1
-1 -3 4 1 -3 4 -1 -3 4 -1 3 4
Ca < o \ . oS x—2 y+4 z-1 ‘v
au59. Cho mat phang (P):3x—2y-3z-7=0 va duong thang d: == . Viét
phuong trinh duong thang A di qua A(-1; 0; 1) song song voi madt phang (P) va cat
duong thang d.
A.x+1:z:z—1 B.x+1:y—1: z C_x+1:Z:Z_1 D_x_1:Z:Z+1
-15 3 17 -15 3 -17 15 3 17 -15 3 17
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x=1-t
Ciu 60. Cho hai duong théng d,: X —2_Y *12:'213; d,:ly—1+2¢ va diém A(1; 2; 3). Duong
a z=—1+t¢
thang A di qua A, vudng goc véi di va cat dz c6 phuong trinh 1a
A.x—lzy—2:z—3 B.x—lzy—Zzz—?) C.x—lzy—Zzz—B D.x—lzy—2:z—3
-1 -3 -5 1 3 5 1 3 -5 1 -3 -5
! 2 1 y—1 z+1
Cau6l. Cho d :{y=4-t ,dz:%z—y_g :%;d3:x; :y; :ZT . Viét phuwong trinh dwong
z=—1+2t - a
thdng A, biét A cdt d,,d,,d, 1an lwot tai A, B, C sao cho AB = BC.
Af_y_z_f BE_y—I—Z_z—l Cﬁ_y+2_£ Df_y—z_i
111 111 111 1T-1 1
1 x=—-1+2¢
Cau 62. Cho hai duong thang A, %:y;l:zlﬂ , A,:iy=1+t .Phuong trinh duong thang A
a z=3

vudng gdc v6i mat phang (P): 7x+y—4z=0 va cat hai duong thang A, va A, la:

[x=-5-7¢ s , )
+ Y— zZ—
7 1 —4
z=3—4t
x=-5+4+7t . 3
C.A:jy=—1+t D.A:x—gS:yI :Z; .
z=3—4t

Cau 63. Phuong trinh duong thing A di qua diém A(3;2;1) vudng géc va cit dudong thang

X_V_zZH3 1y

2 4 1

x=23 x=3—t x=3 x=3
A.(A):{y=1-t B.(A):{y=2+t C.(A):{y=1-¢ D.(A):{y=2+t

z=5+4t z=1-2t z=5—4t z=1-3t

Cau 64. Trong khong gian Oxyz, cho duong thing d: x;rl =Y _22 ==

(P):x+3y+2z+2=0 . Lap phuong trinh duong thing Asong song véi mit phang (P), di
qua M(2; 2; 4) va cat duwong thang (d).

va mat phang

A-A.' x_2:y_2:Z_4 B.A: x_zzy_222_4
9 7 6 9 -7 6

C.A:x+2:y+2:z+4 D.A:x—zzy—Zzz—él
9 -7 6 3 -2 2

Cau 65. Trong khong gian Oxyz,cho 2 duong thing 4, :x—_llz%:il, 2:x;l:yil: Z;1 va

mit phing (P):2x+ 3y —2z+4=0 .Viét phuong trinh duong thang A ndm trong (P) va

cat d,,va dong thoi vudng véi d,
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AX_YtZ_z2-2 BX3_y+t2_z-2 ~x-2_y+2 z-2 px-3_x-2_ z-2
1 2 2 1 -2 -2 3 -2 2 T2 2 1

x=t
va d,:|y=—tDPuong thang di qua diém
z=2

x3y6z—1
-2 2 1

Cau 66. Cho hai duong thang d4,:

A(0;1;1), vudng gdc véi d, va cat d, c6 phrong trinh la:
y-1 _z—1 B__y—l_z—l c.~ y—1 z-1 Dx—l y z-—1

A. . . = .
-3 4 -1 3 4 -1 -3 4 -1 -3 4

—_ R

Cau 67. Trong khong gian Oxyz , cho diém M(2; 1; 0) va duong thang A: XT_lzyTH—

z
=
Duong thang d di qua diém M, cat va vudng gdc véi A cd vec to chi phuong
A.(2;-1;-1) B.(2;1,-1) C.(1,-4;2) D.(1;,—-4;-2)

x=1+2t
Cau 68. Trong khdng gian Oxyz cho 2 duong thang (D,):1y=-1+t(teR)va
z=2t
X=2+t'
(D,):qy=t" (t'eR). Viét phuong trinh chinh tic duong théng (D) cit (D1) va (D)
z=1-2t'

dong thoi vudng goc mat phang (P):2x+y+5z+3=0.

X+1 _y- 1 z+3 B.(D):x—lzy—2:z—2
-2 -1 -5 -2 -1 -5

A. (D):

X+1 _y- 1 z+3 D. (D): X+1 y+2 Z+2
1 5 1 5

C. (D):

Cau 69. Cho diém M (2;1,0) va duong thang A: XT_l = yT—H' = il Goi d 1a duong thang di qua
M, cat va vudng gdc véi A . Vecto chi phuong cta d 1a:

A u=(2-12) B.u=(L—4-2) C.u=(0;31) D. u=(-30;2)

Nhoém 6: Hinh chiéu, d6i xitng

Cau 70. Cho mit phing (a):3x—2y+z+6=0 va diém A(2,-1,0). Hinh chiéu vuéng goc ctia A
1én mit phang () la
A.(1,-11) B.(-1,1,-1) C.(3,-2,1) D.(5,-3,1)

Cau 71. Trong khong gian Oxyz , toa do hinh chiéu vudng goéc ctia diém A(5—-1;-3) 1én mat
phang (a):2x—y—1=0 la diém nao trong cac diém sau?
A.(1;1;3) B.(1;,-1;,-3) C.(1;1,-3) D.(-1,-1;3)
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Cau72. Cho A(3;0;0), B(0;—6;0), C(0;0;6) va mp(a):x+y-+z—4=0.Toa dd hinh chiéu vudng goc
cta trong tam tam gidc ABC trén mp(a) la
A.(2;1;3) B.(2;-1;3) C.(-2;-1;3) D.(2;-1;,-3)

Cau 73. Trong khong gian véi hé truc toa d6 Oxyz, cho diém A(3;1;0) va mt phang
(P):2x+2y—z+1=0 . Khi d6 toa d6 diém M la hinh chiéu ctia diém A trén (P) la:
A. M(~1;1;1) B. M(1;1;1) C. M(L;1;-1) D. M(1;-1;1)

Cau 74. Trong cac diém sau, di€ém nao la hinh chiéu vuéng goéc cua diém M(1;—1;2) trén mat
phéng (P):2x—y+22+2=0.
A.(0,2,0) B.(-1,0,0) C.(0,0,-1) D.(1,0,-2)

Cau75. Cho (P):2x -y +2z-1=0va A(1; 3; -2). Hinh chiéu ctia A trén (P)1a H(a;b;c). Gia tri
ciaa—b+cla:

A2 B.2 c.2 D.-2
2 2 3 3
x=6—4t
Cau 76. Trong khong gian Oxyz cho diém A(1;1;1) va duong thang d:|y=-2—t . Hinh chiéu
z=—1+2t
cua A trén d co toa d0 la
A.(2,-3;,-1) B.(2;3;1) C.(2,-31) D.(-2;3;1)

Cau 77. Trong khdng gian Oxyz , toa d6 hinh chiéu vudng géc ctia M(2; 0; 1) trén duong thang

XY o
2

1
A. (2;2;3) B. (1;0;2) C. (0;-2; 1) D. (-1;-4;0)
x=-—-8+4t
Cau 78. Cho duong thang d:{y=5-2t va diém A(3;—2;5). Toa d6 hinh chiéu ctia di€ém A trén
z=t
d la:
A.(4,-1;,-3) B.(4;-1;3) C.(—4,1,-3) D.(—4;-1;3)

Cau79. Trong khong gian v6i hé truc toa do Oxyz, cho diém A(1;0;-1) va duong théng

g X1 y+l 2 xhids toa d6 diém M 14 hinh chiéu ctia diém A trénd 1a :

2 2 -1
Am-2;-L B. M(5;,-1;-1) c.m;LL D.m2 1L
33 3 333 33 3
Cau 80. Trong khong gian véi hé toa d6 Oxyz, cho duong thiang d :gzyT_l: 2_12 va diém
A(1;-1;2). Toa dd hinh chiéu vudng goc H ctia A 1én d la:
A.H(0;- 1;- 2) B.H(0; 1; 2) C.H(0; 1;- 2) D.H(0;- 1; 2)

Cau 81. Cho hai duong thang A:

28 _U22_Zva 4(3-2;5). Toa 9 hinh chidu cua A trén Ala

?
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A.(4-1,-3) B.(—4;-1;3) C.(4-1;3) D.(-4;1,-3)
x=1+t¢

Cau 82. Tim toa d6 diém H trén duong thang d: {y =2+t sao cho MH nhdn nhat, biet M(2;1;4):
z=1+2t

A.H(2;3;3) B.H(1;3;3) C.H(2;2;3) D.H(2;3;4)

Cau 83. Cho tam giac ABC co A(0;0;1), B(-1;-2;0), C(2; 1 ;-1). Khi do' toa d6 chan dwong cao H ha

tir A xudng BC:
H i;_—14;_—8) B.H(é;l;l) C. H(l;l;—§) D.H(l;é;l)
19 19 19 9 9 2

Cau 84. Trong khong gian v6i hé toa dd Oxyz, cho diém M(2;3;-1) va duong thang
x—4 y-1 z-5

1 -2 2

toa d6 hinh chiéu vuong goc ctia M trén (d)

d

A.H(2;51) B.H(2;3;-1) C.H(1;-2;2) D.H(4;1;5)

Cau 85. Trong khong gian Oxyz, cho diém A(4;-3;2), va duong thang (d)

‘x+27y—|—27i Toa
.—3 =y = R Ke

2 -1
d6 hinh chiéu vudng géc ctia A 1én duong thang d la:
A.H(1;0;-1) B.H(-1;0;1) C.H(-1;,0;-1) D.H(0;1;-1)

Cau 86. Trong hé toa do Oxyz, cho diém M(1;2;-6) va duong théng d c6 phuwong trinh:

x=2+2t
y=1—t .Hinh chiu vuong goc ctia diém M lén duong thang d cé toa dd la:
z=-3+t
A.(-2;0;4) B.(—4;0;2) C.(2;0;4) D.(0;2;-4)
x=06—4t
Cau 87. Trong khong gian Oxyz cho diém A(1;1;1) va dudng thdng d:{y=-2—¢ . Hinh chiéu
z=-1+42t
cua A trén d c6 toa do la
A.(2,-3;,-1) B.(-2;3;1) C.(2;-3;1) D.(2;3;1)

Cau 88. Toa d6 hinh chiéu vudng gdc cta diém M(2; 0; 1) trén duong thang d:xT_1 = % =z ; 2 1a

A.(-1; —40) B.(0; —2; 1) C.(2; 2; 3) D.(1; 0; 2)

Cau 89. Cho mit phang (P):x+y—z—4=0 va diém A(1;,—2;-2). Toa d6 A' la d6i xting cta A
qua (P)
A. A'(3;4;8) B. A'(3;0;,—4) C. A'(3;0;8) D. A'(3;4;—4)

Cau 90. Cho mat phang (P): x—2y—3z+14=0 . Tim toa d6 M’ d&i xting v6i M(1;-1;1) qua (P).
A. M'(-1;3;7) B.M’(2;-3;-2) C. M'(1;-3;7) D.M’(2;-1;1)
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Cau 91. Trong khong gian Oxyz cho A(5;1;3), B(—5;1;—1), C(1;-3;0), D(3;—6;2). Toa d¢ diém A’
ddi xting v6i diém A qua mp(BCD) la
A.(-1,7;5) B.(1;,-7;-5) C.(1,7;5) D.(1;-7;5)

Cau 92. Cho (P) :x—2y—3z+14=0 va M(l;—l;l) Toa dd diém N d6i xing cua M qua (P) la
A.(1,-3;7) B.(2;-11) C.(2,-3;,-2) D.(-1;3;7)

Cau 93. Trong khodng gian véi hé truc toa dd Oxyz cho mat phang (P):ix+y—z-3=0 va diém
M(1;0;-1). Toa do diém M’ d6i xting v6i M qua (P) la :
A.M'(-1;4;-1) B.M'(-2;0;1) C.M'(4,2;,-2) D.M'(3;2;1)

Cau 94. Trong khong gian véi hé toa dd Oxyz, cho (d): 21— 1_y=3_z-1

va (a):x—3y+z—4=0.

-3 2 -2
Phuong trinh hinh chiéu cua (d) trén (o) la:
Ax+3:y+1:z—1 Bx—2:y+1:z—1 Cx+5:y+1:z—l D£:y+1:z—1
) -1 1 ) 1 1 ) 1 -1 21 1

Cau 95. Cho hai diém A(0;0;3) va B(1;—2;-3). Goi A’B’ la hinh chiéu vudng gdc cta duong thrfmg
AB 1én mat phang (Oxy). Khi d6 phuong trinh tham s6 ctia duong thang A'B’ 1a

x=1-—t x=1+t x=t x=—t
Ay=-2-2¢ B.ly=-2+2¢ C.ly=-2t D.ly=-2¢

z=0 z=0 z=0 z=0

A \ 2 x—1 y+1 z-2 . . A Lo A g 2
Cau 96. Cho duong thang d: T T . Hinh chi€u vudng gbc cua d trén mat phang toa
do (Oxy) la

x=—1+2¢ x=1+2¢ x=0 x=-—1+2¢
Aly=1+t B..y=-1+t Cly=-1-t D.iy=-1+t¢

z=0 z=0 z=0 z=0

Cau 97. Cho duwong thang A:% y—8_ ;3 va mat phang (P):x+y+z-7=0. Viét phuong

4
trinh hinh chiéu cua A trén (P).
x=—-8+4t x=8-+4t x=—-8+4t x=—-8—4t
A y=15-5¢ B.iy=-15-5¢ C.ly=15-5¢ D.ly=15+5t
z=t z=t z=~—t z=t

x+y+2z—4=0

Cau 98. Cho mat phang (P):8x+4y—z+7=0 va duong thang (d): . Goi (d) 1a
Céu 98. it phang (P):8x+4y -2 8 g()x_3y+z_2:0 i (d)
hinh chiéu cua (d) xuéng (P). Phuong trinh (d”) 1a:
3x+5y—4z—-8=0 B 4x+3y+5z—-8=0 C —3x+5y+4z—-8=0 D 3x—5y+4z—-8=0
|8x+4y—z+7=0 "|18x+4y—z+7=0 8x+4y—z+7=0 |8x+4y—z+7=0

Cau 99. Trong khong gian vdi hé toa dd Oxyz cho A(1;2;1), B(0;1;2) .Biét B la hinh chiéu cua A
1én mit phéng () .Phuong trinh mit phang (a)la:
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Ax—y—z+1=0 B.x+y+z+1=0 Cx+y—z-1=0 D.x+y—z+1=0

Cau 100. Cho hai diém M(1;-2;-4)va M'(5;—4;2). Biét M’ la hinh chiéu vudng goc caa M lén
mp(a) . Khi d6, mp(a) co phuong trinh la
A 2x—y+32+20=0 B.2x+y—32-20=0 C.2x—y+32-20=0 D.2x+y—-324+20=0

Cau 101.Trong khong gian Oxyz mat phang song song véi hai duong thang

x=2+t
A x;2 :y—zlzi,Az 1y =342t cé mot vec to phap tuyén la:
z=1—t
A.n=(-5,6;,-7) B.n=(5-6,7) C.n=(-5-6;7) D.n=(-56;7)

Cau 102.Trong khong gian Oxyz mp (P) di qua B(0;-2;3) ,song song véi duong thang d:

al ; 2_ y_+31 =z va vudng goc v6i mit phang (Q):x+y-z=0 c6 phuong trinh ?
A. 2x-3y+5z-9=0 B. 2x-3y+5z-9=0 C. 2x+3y-5z-9=0 D. 2x+3y+5z-9=0
x=2+t x=2-2t
Cau 103.Cho hai duong thing d :{y=1-tva d,:{y=3 . Mat phang cach déu d, va d,c6
z=2t z=t
phuong trinh la:
A.x+5y—2z+12=0 B.x+5y+22z-12=0 C.x—5y+2z-12=0 D.x+5y+2z+12=0
x=5+2t x=9-2t
Cau 104.Cho hai duong thang d,:{y=1—t va d,:{y=t . Mat phang chtta cd d, va d, c6
z=>5—t z=—2+t
phuong trinh la:
A.3x—5y+2z-25=0 B.3x—5y—z+25=0 C.3x+5y+2z—-25=0 D.3x+y+2z-25=0

x—1 y-3 =z _,

Cau 105.Cho duong thang d: =S =1 va mp(P)ix—2y+2z-1=0. Mat phang chtta d va

-3
vuong goc voi mp(P) co phuong trinh
A2x—2y+2z+8=0 B.2x+2y+2z-8=0 C.2x-2y+2z-8=0 D.2x+2y—z-8=0
x=1+t
Cau 106.Cho A(0; 1; 2) va hai duong thang d:%:yTilz Z_Jrll,d': y=—1-2t. Viét phuong trinh
z=2+t
mit phing (P) di qua A dong thoi song song véid va d’.
A.x+3y+52-13=0 B.2x+6y+10z-11=0 C.2x+3y+5z—-13=0 D.x+3y+5z+13=0

Cau 107.Cho duong thang A: =/"2-% va (P):x—2y+2z-1=0 mit phang chtta A va

-3 2
vuong goc véi (P) cé phuong trinh la :
A.2x-2y+2z-8=0 B.2x-2y+2z+8=0 C.2x+2y+2z-8=0 D.2x+2y—z-8=0
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Cau 108.Phwong trinh mat phang di qua M(1; 3; -3) va vudng gdéc duong thang d:

x—1 'y z+1 1a:
2 -1 3
AXL_y=3 243 B.2x—y+32+10=0
2 -1 3
C.x+3y—3z+10=0 D. DPap an A va B déu dung.

Cau 109.Phuong trinh ctia mat phang (P) di qua A(1;—1,-1) va vudng gdéc véi duong thang

x=2—t
d:yy=1+t
z=—1+42¢
Ax-y+2z+4=0 B.x -y -2z-4=0 Cx-y-2z+4=0 D.x+y—-2z+4=0
Cau 110.Trong khong gian véi hé toa d6 Oxyz, cho duong thang d :3:%4:%, mét phang
(P):2x+y—2z+6=0 va diém A(1;-1,2). Mat phang (Q) di qua diém A va chtta d thi
phuong trinh cta (Q) la:
A2x+y—5z-11=0 B.2x+y+5z+11=0 C.—2x+y+5z+11=0 D.2x—y+5z+11=0
x=1+2t
Céau 111.Phurong trinh mit phang chtta duong thang A:{y=-t  vadiqua M(2;-1,0) 1a?
z=3-2t
A.x+3y—z+1=0 B.x+4y—2z4+2=0 Cx+4y+z+2=0 D.x+3y+2z+1=0

Cau 112.Phuong trinh mit phing di qua diém M(3;1,0) va vudng géc véi duong thang
.xfl_y—2_2+11
2 -1

Ax+2y—z+5=0 B.2x—y+2z-5=0 Cx+2y—z-5=0 D.2x—y+2z45=0

d a:

Cau 113.Mat phéng chta hai diém A(2;1;3),B(1;—2,-1) va song song voi duong théng d

x=—1+t
y=2t ,teR diqua diém:
z=3-2t
A.M(-2;1;1) B. M(0;0;19) C.M(0;1;1) D. M(-2;1;0)
x=7+3t
A \ v v l . \ g \ X — 1 y + 2 zZ— 5
Cau 114.Phwong trinh méat phang chita hai dwong thang d,:{y=2+2¢ va 4, : =3 T
z=1-2t
A.2x—16y+13z2+31=0 B.2x—-16y —13z+31=0
C.2x+16y—13z+31=0 D.2x—-16y—13z—-31=0

Cau115.Trong khong gian (Oxyz). Cho 2 diém A(1,2:3),B(0;3;5) va duong thang

d: x; == +11 :é- Mit phang (P) chita 2 diém A, B va song song véi d c6 phuong trinh
la:
A.5x+7y—z+l6:0 B.5x+7y—z—l6:0 C.5x+7y+z—16:0 D.5x—7y—z—16:0
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x=1+t¢

Cau 116.Trong khong gian cho hai duong thang:d, :{y=2 ; d4,:5 ;r L :%: z ; 2 Mit phéng (P)
z=3-t

chtta d, va song song vdi d,. Chon cau duang:
A.(P):x—5y+z+6=0 B.(P):x—5y+z—-1=0

C.(P):ix—z+2=0 D.C6 vd s8 duong thang d thoa man.

Cau117.Trong khong gian Oxyz ,cho diém A(1,-11), dudng thing A:xglz%:zil ,mat

phéng (P):2x—y+2z-1=0 .Viét phuong trinh mit phing (Q) chita A va khoang cach
tlr A dén (Q) lén nhat
A2x+y+32z+1=0 B.2x—y+32z4+1=0 C.2x+y—3z+2=0 D.2x—y—-3z-3=0

Ciu118.Trong khong gian Oxyz ,duong thang A:~ ; 1 % =z +11

(P):2x—y+2z-1=0 .Viét phuong trinh mit phang (Q) chtta A va tao véi (P) goc nho

,mit phang

nhat:
A.le—7y—l3Z—2=O B.le—7y+13z+3=O
C.10+7y+13z+1=0 D.10x+7y 13z +3=0

Nhom 8: Goc-Khoang cach

Cau 119.Trong khong gian Oxyz cho mat phang (a):2x—y+2z+1=0 va duong thang

x=1-—t
d:iy=-2t .Goi ¢ la goc giita duong thang d va mit phing (a). Khi d6, gié tri cua
z=2t-2
cosyp la:
A2 B,/ c.Jes D.-L
9 9 4 Je5
R L \ 2 x—2 y—-1 z41 . 2
Cau 120.Gc gitta duong thang (d): =, =5 vamat phang (a)—x+2y—3z=0
A.90° B. 45’ C.0° D.180°

x—2 y—4 z+4
1 2 -3
A.90° B. 45’ C.0° D.180°

Cau 121.Goc gitta duwong thang (d): va mat phang (P): x+y+2z-2=0 la:

Cau 122.Cho mat phang (P):x—y—1=0 va mat phang (Q). Biét hinh chiéu cua gdc O 1én (Q) la
diém H(2;-1;-2). Khi d6 gdc gitta hai mat phang (P) va (Q) c6 gia tri 1a:
A.p=30" B.p=60° C.o=90° D.p=45°
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Cau 123.Goi a la gbc giva hai dwong thang d, x;3:y22:226 vad, : %:%:% . Khi

do cosa bang:

A2 B.

1
C.— D.
V58

V2

&l
2[5

Cau 124.Trong hé toa d6 Oxyz, cho phuong trinh duong thang d:

X5_Y*t2_ 24 43 phuong

12
trinh mit phang (a):x —y++2z-7=0 . Géc clia duwdng thang d va mit phang (a) la:

A.45° B. 60° C.90° D.30°

x+4 y—3 z+1 vad x—-5 y+7 z-3 13-

1 -1 -2 —4 -2
A.30° B.90° C.45° D. 60°

Cau 125.Géc gitra hai duong thang d

Cau126.Trong khong gian véi hé toa d0 Oxyz, goi «la géc hop boi duong thang

X—3_y—4_ 243 oy mat phang 2x+y+z—-1=0 thi cosa bang:

1 2
A B.-1 cl .3
2 2 2 2
A A . . \ 2 . . x—-1 y-7 z-3 _,
Cau 127.Trong khong gian Oxyz cho hai duong thang chéo nhau :(d): S =TT T g
(a): al 71L 1_y g 2_z _12 . Tim khoang cach gitra (d) va (d’) :
3 2 1 5
A—— B.— C.— ——
J14 J14 V14 V14
x=3+t
Cau128.Trong khéng gian Oxyz cho hai duong thing (d,):|y=-1+2t (tcR)va
z=4
x=k
(4,):{y=1+k (keR).Khoang cach gifra (4,) va (d,)bang gié tri nao sau day ?
z=3+2k
A2 B.. C.2 e
7 2 7

x=2 y+1 z43 x—1 y—1 z+41

Cau 129.Cho hai dwong thang d, : 5 S VA 5 Khoang cach gitta
d va d, la:
A.42 &%g C% Iﬁg

Cau 130.M4t phang qua A( 1; -2; -5) va song song véi mat phang (P):x—y+1=0cach (P) mot
khoang c6 d¢ dai la:
A.2 B.\2 C.4 D.2\2
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x=1+2t x=3—-t'
Cau 131.Cho 2 duong thang Tan luot c6 phuong trinh 4, :{y = 2Jr va d,:{y=4+t . D0 dai doan
z=—t z=4
vuong goc chung cua 4, va 4, la
A6 B.4 C.2v2 D.2V6

— 1 s — -1
x 2:y+ :Z+3vad‘x 1:y :z+1

2 2 S | 2 2

Cau 132.Cho hai duong thang d, : . Khoang cach gitta
d, va d, bang:

A.g B.42 C.% D.

W | =

Cau 133.Trong khong gian véi hé truc toa d6 Oxyz cho toa dd diém M(-1,1,0) va dudng thing
AX_Y=8 _z-
1 2 -1

A.x+3y—z-2=0 B.4x—y+2z+5=0 C.x—2y+3=0 D.2x-y+3=0

Ly Phuong trinh mét phang chita M va Ala:

Cau 134.Cho m4t phang(a):3x—2y—z+5=0 va dyong thing x;1 _y-1_z2-3 Goi () la mat

7 4
phéang chita d va song song vdi (o). Khoang cach gitta (a) va (o) la:
9 3 9 3
A= B.— C.— D.—
14 14 J14 V14

Cau 135.Trong khong gian véi hé toa dd Oxyz, cho diém A(1; -2; 3) va duong thang d ¢6 phuong

trinh £ 1_y - 2_z +13 . Tinh khoang céch tir diém A dén dudng thing d.

A.7\2 B.6v2 C.52 D.4\2

Cau 136.Trong khong gian Oxyz cho hinh lap phwong ABCD.A’B'C’'D’ véi A(0 ; 0; 0), B(1; 0; 0),
D(0; 1; 0), A’(0; 0; 1). Goi M va N lan luot la trung diém cta cac canh AB va CD. Tinh
khoang céch gitra hai duong thang A’C va MN.

1 1 1 1
A.- B.—— C.— D.—
2 V2 V2 22
x=1+2t x=3+4t
Cau 137.Cho hai duong thang d,: {y=2+3tva d,: {y=5+6t". Trong cdc ménh dé sau, ménh dé
z=3+4t z=7+8t'
nao dung?
A.d 14, B.d =d, C.d, || d, D.d, vad, chéo nhau
x=142¢ x=7+3ts
Cau 138.Vi tri twong d6i ctia hai dwong thang d,:{y=-2-3t;d,:{y=2+2¢ la:
z=5+4t z=1-2t
A. Chéo nhau B. Trung nhau C. Song song D. Cat nhau
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x=2t
Cau 139.Trong khdng gian Oxyz cho hai duong thang d, :xTil :%: Zg?’ va d,:{y=1+4t.
z=2+6t
Khang dinh nao sau day la dtng?
A.d,,d, catnhau B.d,,d, truing nhau C.d, //d, D.d,,d, chéo nhau

Cau 140.Cho duodng thing A, qua diém M ¢6 VTCP u,, va A, qua diém N ¢ VTCP u, . Diéu

kién dé€ A, va A, chéo nhau la:

A.u, va u, cing phuong.  B. [Z,Z}m =0 C. [LZ,Z]W =0 D. [Z,Z} va MN cling
phuong.
x=1-3¢t
Cau 141.Trong khong gian Oxyz cho duong thang d:]y =2t va mp(P):2x—y—-2z—-6=0. Gia
z=—2—mt

tri cia m d€ dc(P) la:
Am=2 B.m=-2 C.m=4 D.m=-4

Cau 142.Trong khong gian Oxyz cho mit phing (a):2x+y+3z+1=0 va duwong thang

xX=—-3+t
d:{y=2-2t . Trong cac ménh dé sau, ménh dé nao dung?
z=1
A.d (o) B.d cit(a) C.d|(a) D.dc (o)

Cau 143.Trong khong gian véi hé toa dd Oxyz, cho méat phang (a):2x+y+3z4+1=0 va duong

x=-3+t
théng d c6 phuong trinh tham sd0:{y=2-2¢ . Trong cac ménh dé sau, ménh dé nao
z=1
dung ?
A.dl (a) B.d//(a) C. d cit (a) D.dc (a)
x=1+2t
Cau 144.Cho dudng thang (d):{y=2+4t va mdt phang (P):x+y+z+1=0. Khing dinh nao sau
z=3+t
day dung ?
A.(d)//(P) B.(d)cét(P) tai diém M(1,2;3) C.(d)c (P) D.(d)cat(P) tai diém
M(-1;-2;2)

Cau 145.Cho hai duong thing (d1): *=1-Y—2_2-3 {3 (42 x_szy_5zzg7.Ménh dé nao

2 3 4 4 6
duwdi day dang?
A.(d1) = (d2) B.(d1) L (d2) C.(d1)/ /(d2) D. (d1) va (d2) chéo
nhau
Cau 146.Duong thang = _;1 = % = il vudng gbc v6i mat phang nao trong cic mit phang sau day?
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A.6x—4y—2z+1=0 B.6x+4y—2z+1=0 C.6x—4y+2z+1=0 D.6x+4y+2z+1=0

Cau 147.Duong thang nao sau day song song véi (d): Z— 2_y—4_z+4

1 2 -3
Ax—lzy—Zzz—i—l Bx—ZZy—4:z+4 Cx—lzy—2:z+1 Dx—lzy—Zzz—l
! 2 -3 1 1 1 1 -2 3 1 2 3
R \ 2 x y=2 z+1 A . ‘- \ 2 . A
Cau 148.Duong thang d : ST T vuong goc voi duong thang nao sau day :
x=1+2t x=—-1-2¢ x=3+t xX=-2+t
Ady=—t B.<y=2+3r ,teR C.3y=-3¢ D.y=1+2¢,teR
z= z=2—-t 7=2+2t z=4t

Cau 149.Trong khong gian véi hé truc toa do Oxyz, cho duong thang d: 1 2y +21 = ZJZF3 va
m m—
mat phang (P):x+3y—2z—-5=0 . D& duong thang d vudng goc véi (P) thi:

A.m=0 B.m=1 Cm=-2 D.m=-1
A A . . 2 Xx=1 y+2 z+3 . .
Cau 150.Trong khong gian Oxyz cho dwong thang (D) : =om 1 va mat phang
m m-—

(P):x+3y—-2z-5=0.Dinh m d€ (P)//(D).

A.m=-2 B. m=2 Cm=-1 D.m=1
x=1+2¢ x=3+4t'

Cau 151.Cho hai dwong thang d,:{y=2+3tva d,:{y=5+6t'. Trong cdc ménh dé sau, ménh dé
z=3+4t z=7+8t

nao dung?
A.d =d, B.d, ||d, C.d, va d, chéonhau D.d, Ld,

Cau 152.Trong khdng gian véi hé toa dd Oxyz, cho 2 duong thang dl:x;rl: y ;Fl: Zglvé

J x+2 y—-1 z+m

2 : D€ d, cit d, thi m bang

A. B.

| W
IIRN]

c.t D.
4

| a1

Cau 153.Cho hai mat phang (P): x+y-z+5=0 va (Q): 2x-z=0. Nhan xét nao sau day la dtng

v 2 N o 2 .. o~ XY +5 z
A-Mit phing (P) va mit phing (Q) c6 giao tuyén la 11 —»

v & \ v M , . v o X Y- 5 z
B.Mit phéang (P) va mat phang (Q) c6 giao tuyénla 7="7-=5

C.Mit phing (P) song song v6i mit phing (Q)
D. Mit phang (P) vudng goc véi mit phang (Q)

Cau 154.Vi trf twong d6i ctia hai dudng théng Al;xglzyglzzf’,Az;"Ilzyglzzgl la:
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A. Song song véinhau. B. Cét nhau tai diém M(3;2;6)

C. Chéo nhau. D. Citnhau tai diém M(3;2;— 6)
. x=1-2¢
Cau 155.Cho hai duong thang A:%:y%: 2134 4. y=2t . Trong caic ménh dé sau , ménh
- z=3-4t
dé nao dang ?
A.A va d citnhau B.Avad songsong C.A va d trung nhau D.Avad chéo nhau

Cau 156.Cho hai diém A(2,0,3) , B(2,-2,-3) va duong théng A :x;lzz yTﬂzg . Nhan xét nao sau
day la dung
A.A,Bva A cling nam trong mot mat phang

B. A va B cling thudc duong thang A
C. Tam gidc MAB can tai M véi M (2,1,0)
D.A va duong thang AB 1a hai duong thang chéo nhau
x=1+4(m+1)t

A dy=1+2-m)t . Tim m dé€ hai duong
z=1+(2m+1)t

y+1 z+m
2 1

Cau 157.Cho hai duwong théng A, :%:

thang trung nhau.
A.m=3m=1 B.m=0 Cm=0m=-1 D.m=0m=2

x—8 y—5 z-—

5 18 va mat phéng (P) x+2y+5z+1=0 . Nhan xét nao

Cau 158.Cho duwong thang d:

sau day la dang
A. Duong thang d song song véi mat phang (P)  B. Duong thang d thudc mit phang (P)

C. Duodng thang d cat mat phang (P) tai A(8,5,8) D. Duong thang d vudng goc véi mat phang
(P)

x=1+t
Cau 159.Cho duong thang d jy=2-t vamat phang («) x+3y+z+1=0 . Trong cac khang dinh
z=1+2¢
sau, tim khang dinh dung :
A.d//(a) B.dcC () C.d L(a) D.(a) catd
Cau 160.Cho hai duong thang c6 phuong trinh sau:d, : x+2y=3=0 va d,|FYTE =0
5x -2y +4z-1=0 3y—z—-6=0
Ménh dé sau day dung:
A.d hop véi d, géc 60°  B.d catd, C.d, Ld, D.d ||d,
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y=3_ 241 g, x=4 _ Y _ %3 Hai duong thang

Cau 161.Cho hai duong thang 4, :di: -
-1 2 3 1 1

do:
A.Chéo nhau B.Trung nhau C.Cét nhau D.Song song

Cau 162.Trong khong gian voi hé toa d6 Oxyz, cho mit phang (a):3x+2y+z-12=0 va duong

x=t
thdng (A):{y=6-3t . Trong cdc ménh dé sau, ménh dé nao dung.
z =23t
A.(A)c(a) B.(A)cét(a) C.(A)L(a) D.(A)//(e)

Cau 163.Trong khong gian voi hé toa dd Oxyz, cho diém M(1,-11) va hai duong thang

@):X=YT1_ 2y (@) X—¥"1_Z=% Manh dé nao dudi day la ding.
1 -2 =3 1 2 5
A.(d,), (d,) va M dong phang B.M€(d,) nhung M ¢ (d,)
C.Mé€(d,) nhung M ¢ (d,) D.(d,) va (d,) vudng géc nhau
Ciu164.Trong khong gian cho duong thing d:% ; 2_ yTH = il va mit phang

(P): —x+y—z+3=0.Khang dinh nao sau day dung:
A. Duong thang d nam trong mit phang (P).

B. Duong thang d cat mat phang (P).
C. Duong thang d song song v6i mat phang (P).

D. Duong thiang d vudng géc véi mat phang (P).

x=1+t
Cau 165.Cho duong thangd:{y=2—t va mat phang (F3:x ~3v+= ~ 1 =0  Trong cAc ménh 5&
z=1+2t
sau, ménh 0€ nao dung:
A. d nam trong (P) B.d cit (P) C. d//(P) D.d vudng goéc véi
(P)
x=-1-3t
Cau 166.Trong khdng gian cho hai duong thang:d:~ ; 2_ yTH = il; d':ly=2+t . Vitrituong
a z=1+t
déicaad vad’ la:
A. Cat nhau. B. Song song. C. Trung nhau. D. Chéo nhau.
1 v z+1

Cau 167.Trong khong gian véi hé tgpa d0 Oxyz hai duong th:fmgdlzx_z =3= va duong

x+1 y—2 z—

thing d, : - 5 37 o vi tri twong d6i la :
A. Catnhau B. Trung nhau C. Chéo nhau D.Song song.
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Cau 168.Trong khong gian vdi hé toa do Oxyz ,duong théngA: il ; 1_y+2_ Zlel

] song song voi

mét phang (P):x+y—z+m=0 khi m thoa:

A.m=0 B.m=0 C.vmeR D.meco
Cau169.Cho (a):2x—y—z+1=0,(8):x—4y+62—-10=0va d:2=%_y+4-2-3. Khing dinh nio
sau day la dung;:
A.d//(a) va dL(p) B.d L(o)vad//(B) C.dl(a)vadLl(p) D.d//(a)vad//(B)
X=1+mt Xx=1-t'
Cau 170.Cho hai duong th:fmg: (d):qy=t va (d,):qy=2+2t". Véi gia tri nao cta msau
z=-1+2t z=3-t'
thi (d1) cat (d2):
A . m=1 B. m=-1 C.m=0 D. m=-2

FULL BAI GIANG CHUYEN DE OXYZ VA PAP AN THAY CO CO THE PANG KY

THAY TAI - 0977.413.341 ( MAIL: trantai.gvt@gmail.com )

CHUC CAC THAY CO VA CAC EM HOC SINH CO 1 NAM HOC THANH CONG NHU Y !
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PHAN III: TOA PO TRONG KHONG GIAN OXYZ

Dang toan 4. PHUONG TRINH MAT CAU VA BAI TOAN LIEN QUAN

A -PHUONG PHAP GIAI TOAN
— DEviét phuong trinh mét cau (5), ta can tim tdm I(a;b;¢) va ban kinh R.
e Tam: I(a;b;c)
"|e Bén kinh: R

(5) =) :(@—a) +y—b) +(z—cf =R|

— Phuong trinh (S):2” +y° 4+ 2° —2ax —2by —2cz +d =0 véi a* +b"+c¢* —d >0 1a phuwong

trinh m3t cau tm [(a;b;c), ban kinh: R = \/a,2 +b° 4+ —d.

B - BAI TAP MAU

BT1. Viét phuong trinh mit cau (S) c6 tdm I va di qua diém A, véi:

o Tam: I(a;b;c)
e Bdn kinh: R=1IA

— Mt ciu (S) :

=(S):(x—a) +(y—0b)+ (2 — )’ = R*|-

a) I(24-1), A(523) b) 1(0;3-2), A(0;0;0)
o I(3%-21), A(21-3) d) I(4-12), A(l;—2-4)

BT 2.  Viét phwong trinh mét cau (S) c6 duong kinh AB, voi:

« Tam: I 1a trung diém AB

P Mt cau (S):
’ ) . Bénkinh:R:IA:ATB

a) A(2;4;—1), 3(5;2;3) b) A(0;3;—2), B(24-1)

Q) A(3;—2;1), B(2;1;—3) d) A(4;—3;—3), B(2;1;5)
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BT 3.  Viét phwong trinh mit cau () ngoai tiép ti dién ABCD, véi:
* Goimit cdu co'dang (S): 2° +y* +2° —2ax —2by —2c2+d =0 (%)
¢ Thay ldn luot toa 46, cua cac diém A, B, C, D vao (x) ta duoc 4 phuwong trinh.

* Giai hé do'ta tim duoc a, b, ¢, d. Thay vao (x), suy ra mdt cdu (S).
a) A(1;1;0), B(o;2;1), 0(1;0;2), D(1;1;1) b) A(2;0;0), B<0;4;0), 0(0;0;6), D(2;4;6)
Q) A(2;3;1),B(4;1;—2),0(6;3;7),D(—5;—4;8) d) A(5;7;—2),3(3;1;—1),0(9;4;—4),D(1;5;0)

BT 4.  Viét phwong trinh mat cau (S ) di qua ba diém A, B,C' va tim nam trén mat phang (P ), voi:
* Goi mit cdu co’dang (S): 4y 2 —2ar —2by —2c2+d=0 (%)

 Thay lan luot toa do, cua cac diém A, B, C vao () ta duoc 3 phuong trinh. Két hop viéc thay toa
dé tim I(a,b,c) vao phuwong trinh mdt phing (P), ta duoc phuwong trinh thu tu.

e Giai hé do'ta tim duoc a, b, ¢, d. Thay vao (*), suy ra mdt cau .(S)..
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. A(3;1;1), B(o;1;4), C(—l;—3;1> b <A(2;0;1>, B(1;3;2), 0(3;2;0)
(P)iz+y—2:+4=0 (P)=(0zy)

A(2;0;1), B(l;o;o), 0(1;1;1)

( ) iA(l;?’A)’ B(1;2;—3), 0(6;—1;1)
Plrz+y+2—-2=0

(P):z+2y+2:-1=0

BT5.  Viét phuong trinh mét cau (S) c6 tam I va tiép xtc véi mit phang (P)

cho trudec:

e Tam: I(a;b;c)
e Ban kinh: R = d(I,(P)) = IH

— P Mgt ciu (S) :

a) 1(3;-5-2), (P):2z—y—32+1=0 b) I(L47), (P):6z+6y—7z+42=0
o I(12), (P):z+2y+2:43=0 d) I(-2%1), (P):z+2y—2:+5=0
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BT 6. (TNTHPT - 2013 — Theo chuong trinh chudn) Trong khong gian Ozyz, cho diém M (—1;2; 1) va mat

phéng (P):a:+2y+2z—3:0.
a) Viét phuong trinh tham s8 ctia dwong thang d di qua M va vuodng goc véi mp (P ) .

b) Viét phuong trinh mat cau <S ) c6 tam la gdc toa dd va ti€p xac véi mp (P ) .

r=—1+1¢
Déps6. d:qy =242t ,(tER) va (S):x2+y2+22:1.
z2=1+72t

BT 7.  Viét phuong trinh mét cau (S ) c6 tam I va tiép xtic véi duwong thang A, voi:

e Tim toa do hinh chiéu H ciia I trén duwong thang A.

e Phuong trinh mdt ciu cé tam la I, bdan kinh R = IH.

. B_y+2_z o9 o=l _y+1_ 242
a) 1(1;23), Ais=T = b) I(-23-1), A: — ==
r=1+4t B
C) I(l;—2;1), Ay =3-2t, (tER) d)I(l;Q;—l); A 9::123/_—01—0
z=4t—2 B
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(THPT - 2009 NC) Cho A(1;—2;3) va duong théng d : ”“;1 _y-2_z¥3

a) Viét phuwong trinh tong quat ctia mp (P ) di qua diém A va vuong goc véi duong thang d.

b) Tinh khoang céch tir diém A dén duong thang d. Viét phuong trinh mat cau tam A, tiép xtc véi
d.

Dipss. (P):2z+y—2+3=0 d(Bid) =52 (8):(a—1] +(y+2) +(=—3) =50,

Viét phuwong trinh mét cau (S) ¢6 tam I va tiép xtic véi mét cau (T') cho trude, voi:
e Xac dinh tim ] va'ban kinh R’ cua mdit cdu (T).

e Ap dung diéu kién tiép xuc dé'tim ban kinh R cua mdt cau (S).
Tiép xuc ngoai: R+ R = 1J.

Tiép xiic trong |R — R/| =1J.

Y {I(—E); 1;1)

(T):x2+y2+z2—2x+4y—6z+520

| {I(—3;2;2>

(T):x2+y2+z2—2x+4y—82—|—5:0
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BT 10. Viét phuong trinh mét cau (S) c6 tam I va cit duwong thang

A theo day cung AB = k cho trudc trong cac treong hop
sau:

Cén tim bdn kinh cia mégt cdu R = IB ?

e Tinh d(I,A) = IH.

* Theo pitago, cé ban kinh: R = IB = ,|IH’ + [ 5

2
A_B].

Luu vj: Thay vi cho d¢ dai ddy cung, dé bai cé thé cho tam gidc vudng, can, déu hodc dién tich. Khi
dé ta cin ding hé thiic lugng dé'timra R = IB.

a) I(—1;3;5),A:x+2:y_3: =1l up—4 b) 1(1;3;5),A:x_2:y—+1:3,AB:12
1 1A 1 1
2 y—2 _
o I(0;0,-2),a: 22 Y _2t3 4p_g d) 1(451:6), A:ZEE YT 2 g
2 3 2 2 2 1
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BT11. (PH A, A1-2012) Trong khdng gian véi hé truc Ozyz, cho duong thang d : :L’T-i—l = % =z I 2

diém 1(0;0;3). Viét phuong trinh mat cau (S) ¢ tam I va cit duong thang d tai hai diém A, B sao

va

cho tam gidc IAB vuong tai L.
2
Dép s8. (S):x2 + 97 +<z—3) =

BT 12. Viét phuong trinh mat cau tdm I, cat (P) theo mot duwong tron (C), c6 ban kinh .
e Tinh khodng cich d(I,(P)) = IH.
e Tinh bdn kinh mét ciu R = \IH” +r°.

ad _11 = % 2= 2 - Viét phuong trinh mat cau

c6tam [ € A, di qua diém A va cit mat phang (ABC) theo dudng tron c6 duwong kinh nho nhat ?

a) Cho A(1;0;0), B(2;,—12), C(—1;1;3) va duong A:

b) Cho d:x—llzy—;—?):z;?) va2mit (P):2x+y—224+9=0, (Q):z—y+2+4=0. Viét

phuong trinh mat cau (.5), tiép xtc (P) va cat (@) theo duong tron 6 chu vi 27.
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C- BAI TAP TRAC NGHIEM
Cau 1. Cho mat cau (S): 2° + ¢y° + 2° — 27 + 4y +1 = 0cd tdm I va ban kinh R 1a:
A.I(5-20),R =6 B.J(L-21),R=v6 CI(-21),R=2  Di(L-20),R=2

Cau 2. Mt cau(S): 3a” + 3y” + 32” — 6z — 3y + 152 — 2 = 0c6 tim I va ban kinh R 1a:

All l;l; 5 ,R:@ B.J _3;_§;E ,R:ﬁ
27 2 6 279 2

c.rls3. 15 ,R:@ D.7|-1-1.2 ,R:@
27 2 2 279 6

Cau 3. Mt cAu c6 phuong trinhz” + y° + 2° + 22 — y + 1= 0¢d toa d6 tdm I va ban kinh r 1a:

1 1 1

A.T|L—=0;r == B.I|-1;,—;0[,r=1 C. I —l;l;() L
2 2 2 2

== D.I 1;—1;0 ,r=1
2 2

Cau 4. Trong khong gian voi hé toa d0Ozyz,mat cau(S): x*+y° +2° =2z + 4y — 62 —2=0¢6
tam I, ban kinh R la :
A.I(—24-6),R=~58 B.I(-12-3),R=4 C.I(1,—23),R=4
D.[(2—4;6),R = /58

Cau 5. Trong khong gian Oxyz, cho mat c‘éu(S) 122”4+ 2y° +22° + 42— 8y +2=10. Toa d) tam I
va ban kinh R ctia mat cau la:
A.I(—1;2;0);R:4 B.1(1;—2;0);R:2 C.J(—1;2;0);R:2 D.J(1;2;0);R:4

Cau 6. Cho mat cau(S): z° + y* +2° — 2z + 6y + 42 = 0. BiétOA, (01a gbc toa do) la duong kinh

ctia mat cau (9) . Tim toa d6 diém A ?

A.A(—1;3;2) B. A(2;—6;—4) C. A(—2;6;4) D. Khong xac dinh
Cau 7. Trong khong gian Oxyz, de phuong

trinhz” + y* + 2* — 2mz + 2(m — 2)y — 2(m + 3)z + 8m + 37 = 0 1a phuong trinh ctia mt

cau . Khi d6 gia tri ctia tham s6 m bang bao nhiéu ?

8 | THBTN®LY BIEN SOAN VA GIANG DAY THAY TRAN VAN TAI



TAI LIEU HOC TAP TOAN 12 - CHAT LUQNG BAI GIANG: TQOA PO KHONG GIAN OXYZ

A.m < —2 hay m >4 B. m <—4 hay m > 2 C.m<—4 hay m>-2 D.

m<—2 hay m>4.

Cau 8. Trong khong gian voi hé  toa do Oxyz, gia st mat
C‘éu<5m> 12 +y° + 27 —4dmz + 4y + 2mz + m’ + 4m = 0¢b ban kinh nho nhat. Khi d6 gia
tri cia m la:

Al B.L c.ﬁ D.0
2 3 5

Cau 9. TrongkhonggianvdihétoadoOxyz,
chodiém M(1;—1;3) vamatcau (S ) céphu’ongtrinh(z — 1)2 + (y + 2)2 + 22 =19.

Timkhangdinhdtng ?
A.M némtrong(S ) B.M némtrong(S )
C.M némtrén(b’ ) D.M trfmgvéitémcﬁa(S )

Cau 10. Cho mat cau(9):2” + ¢ + 2* — 2z — 4y — 62 = 0. Trong ba diém (0;0;0); (1,2;3) va (2;-1;-

1) thi c6 bao nhiéu diém nam trong mat cau (S)
A.l B.3 C.2 D.0

Cau 11. Phuwong trinh mdt cau tam I(1; 2; 3) va ban kinh R=3 la:
A +y +2°—22—-4y—62+5=0 B.(z -1’ +(y—2+(2-3°=9

Cla—1 +y—2+(2—-3°=3 D.Ava B déudung.

Cau 12. Trong khong gian Oxyz, cho mat cau (S) ¢ tam I (—1; 4;2>vé 6 thé tich V = 9727 . Khi
dé phuwong trinh cua mat cau (S) la:

A.<x+1)2+(y—4>2—|—<z—2)2:81 B.(m+1)2+(y—4)2+(z—2)2:9

2

Clz—1) +(y+4) +(z—2) =9 D.(z—1) +(y+4) +(2+2) =81

Cau 13. Phuong trinh mdt cau c6 tam 1(1;2;3) va di qua gdc O ¢é phwong trinh la

A.(x+1)2+(y+2)2+<z+3)2 =14 B2+ +2 —2—-2y—32=0
Cle+1) +(y—2) +(z—3) =24 D.z?ty’+22— 22— 4y—62=0

Cau 14. Mat cAu tam [ (2; —1; 2) va di qua diém A (2; 0; 1) c6 phuong trinh la:

A.(:c—2)2+(y+1>2—|—<z—2>2:2 B.(x+2)2+(y—1>2+(z+2>2:2

C.(x—2)2+(y+1)2+(z—2>2:1 D.<x+2)2+(y—1)2+(z+2>2:1

TOAN HQC BAC-TRUNG-NAM 9 | THBTN



TAI LIEU HOC TAP TOAN 12- CHAT LUONG  BAI GIANG: TOA PO TRONG KHONG GIAN OXYZ
Cau 15. Cho 2 diémA(2; 4; 1), B(-2; 2; -3). Phuwong trinh méat cau duong kinh AB la:
A +@y—-37+(z—-1"=9 B.2’+(y+3+(z—1°=9

Co’+(y—3+(z+17=3 D.2° +(y—3+(z+17°=9

Cau 16. Cho hai diém A(—2;0;—3), B(2;2;—1). Phuong trinh nao sau day la phuong trinh mat
cau duong kinh AB?
A +y"+2°4+2y—42—-1=0 B.o’+y’ +2°—22—424+1=0

Cr’+y'+2"—2y+42—-1=0 D.2’ +y*+2°—2y—42-1=0

Cau 17. Cho hai diém A(1; 0; -3) va B(3; 2; 1). Phuong trinh mat cau duong kinh AB la:
AX +y +2°-2x-y+2-6=0 B.x> +y 4+ 2°-4x-2y +22=10

Cx>+y +72 +4x-2y+22=0 D.x° +y +72 -4x-2y +22+ 6 =0

Cau 18. Phuwong trinh mat trinh mat cau c6 duwong kinh AB véi A (6;2; —5) ,B (—4; 0,7 ) la:

Az’ +9y" +2° -2 —2y—22—59=0 B.o’ +y" + 2" +204+2y+22—-59=0
Cal+y' 42" —20—2y—224+59=0 D.2’ +y° 4+ 2" +22 -2y —22—59=0
Cau 19. Phuong trinh mat cau duodng kinh AB véiA(4,—3,7), B(2,1,3)la:

A.(g;+3)2 +(y—1)2 +<z+5>2 =9 B.(:z:—3>2 +(y+1)2 +(z—5)2 =9
C.le+3) +(y—1) +(2+5) =35 D.(¢—3) +(y+1) +(:—5) =35
Cau 20. Ban kinh ctia mat cau tam 1(3;3;-4), tiép xtc véi truc Oy bang

A B.4 C.5 D.g

Cau 21. Trong khong gian véi hé toa do Oxyz, cho diém I(1;—2;3). Viét phuwong trinh méat cau
tam I va ti€p xtc voi truc Oy.
A(z—1 +@y+2) +(z-3°=9 B.(z -1+ (y +2)* + (2 —3)° =16

Clz—17+(y+2’+(2—3*=10 D.(z -1+ (y+2)° +(2—3)*=38

Cau 22. Mat cau ¢6 tam I(1; 2; 3) va tiép xtic voi mp(Oxz) la:

AxX> +y +72°-2x-4y-624+10=0 B.x* +y' +2 4+ 2x+4y +62-10=0
Cx’ +y" +2 -2x-4y + 624+ 10=0 D.x* +y" 4+ 7" +2x + 4y + 6z-10 = 0

Cau 23. Trong khong gian véi hé toa do Oxyz, phuwong trinh mat cau (S) cé tam 1(3;7;9) va ti€p
xtc véi mat phang (Oyz) la:
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A(c—3) +(y—7) +(z—9) =3 B.(c+3) +(y—7) +(:—9) =9

2 2

C.le—3) +(y—7) +(=—9) =81 D.(z—3) +(y—7) +(: 9] =9

Cau 24. Trong khong gian v6i hé toa do Oxyz cho cac diém A(1;2;0), B(—3;4;2). Viét phuong
trinh mat cau di qua hai di€ém A, B va c6 tam I thudc truc Ox .
A(z+37+y’ +2°=20 B.(z+1°+(y—3 +(z—-17=11/4

C.(z—3) 4y +2°=20 D.(z+1)" +(y —3)" + (¢ —1)" =20

Cau25. Trong khong gian véi hé toa dd6 Oxyz tim phwong trinh mat cau qua hai
dié7mA<3; —-1; 2), B(l N —2) va c6 tam thudc truc Oz?.

Az’ +y" +2°-22-10=0 B. 2" +9y° +2 +2:-10=0
C.r’+y+2°-224+10=0 D.2° +9y" +2°+22+10=0

Cau 26. Trong khong gian voi hé toa d¢ Oxyz Tim phuong trinh mét cau ¢ tam I thu¢cOz va
di qua hai dié’mM(l;—2;4), N(—1;2;2)?

A +y+2"—624+3=0 B. 2" +9y° +2°—62=0

C.22+y"+2+62+3=0 D. 2> 4+y*4+2°+62=0

Cau 27. Trong khong gian v6i hé toa d§ Oxyz, cho mét cau (S) di qua diém A(1;2; 3) , B (2; 0; —2)
va c6 tim nam trén truc Oz . Viét phwong trinh ctia mat cau (S)?.

A.(x+1)2+(y+2)2+z2:29 B.(:v+3)2+y2+22:29
C.x2+y2+(z+3)2:29 D.(m—3)2+y2+z2:29

Cau 28. Viét phwong trinh méat cau <S) c6 tam [ thudc mat phéng(Oyz)vé di qua cac
diém A(0,0,4), B(2,1,3),C(0,2,6)

2 2 2
A.(m—2>2—|— y—g + 25 =26 B.2”* + y—g + z—%] :§
2
Clz+3) +(y+1) +(=—2) =9 D.(z 1) + y+% +[z—E ~13

Cau?29. Cho ba diém A(1;0;0), B(0;1;0), C(0;0;1), O(0;0;0). Khi dé mdt cau ngoai tiép tu
dién OABC c¢6 phuong trinh la:
A’ +y+2"—20—2y—22=0 B.2’ +y" +2+x4+y+2=0

Cr+y'+z2"—z—y—2=0 D.o” +y" + 2"+ 22 +2y+22=0
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Cau 30. Trong khong gian véi hé toa do Oxyz phuong trinh mat cau (S) qua ba diém A(1;-2;4);
B(1;3;-1); C(2;-2;-3) va c¢6 tam nam trén mit phang (Oxy) la:
A +y +2°+42+2y+21=0 B2’ +y’ 4+ 2" +42+2y+32—-21=0

Cr’+y' +2°—42+2y—21=0 D.2* +y’ +2° +4r+2y—21=0

Cau 31. Trong khong gian vOi hé truc toa do Ozxyz, cho bon
dié7mA(3;3;0),B(3; 0;3),0 (0; 3;3),D(3; 3;3). Viét phuong trinh méat cau di qua bon
diémA, B, C, D.

A+ +2°+32-3y—32=0 B.2’+9y" +2° +3r—3y+32=0

Cr’+y"+2"—32+3y—32=0 D.2° +y*+ 2" =32+ 3y +32=0

Cau 32. Trong khong gian vdi hé toa do Oxyz cho ti dién ABCD c6A(3; 1; 5), B(2; 6; 1), C(4; 0 ;

5) va D(6; 0; 4). Phuong trinh mat cau (S) ngoai tiép tit dién ABCD la:
A(z—1Y+(y—17+(z+17 =25 B.(z -1’ +(@y—17+(z—-1°=5

Cz—17+(y+17+(z2—17=25 D.(z+1) +(y—1)"+(2 -1 =5

Cau33. Cho A(52-6), B(551), C(2-3,~2), D(1,9,7). Bin kinh mjt ciu ngoai tiép ti dién
ABCD 1a?

A.15 B.6 C.9 D.5

Cau 34. Phuong trinh mét cau di qua 4 dié’mA(B, 0,0), B(O, 4,0), C (0, 0,—2>Vé0(0, 0,0) la:

Az’ +y' +2°—62—8y+42=0 B.o’ +y' +2° —3x -4y +22=0
Co’+y*+2°+62+8y—42=0 D.o’ +y" + 2" + 3z +4y —22 =0

Cau 35. Toa d§ tam mat cau di qua 4 diém A(1;1;1); B(1;2;1);C(3;3;3); D(3;—3;3) la:
3 33 333
A (= —=:= B.(—;—;— C.(3;3;3 D.(3;—3;3
>3 £33 (3:3:3) (333
Cau 36. Trong khong gian vdi hé toa dd Oxyz cho cac diém A(1,0;0); B(0;1;0);C(0,0;1),
D(1;1;1). Ban kinh mat cau di qua bon diém ABCD la :

B.\2 C.3 D.ﬁ

2

A.

A~ o

Cau 37. Cho A(2;0;0), B(0;2;0), C(0;0;2), D(2;2;2). Mat cau ngoai tiép t&¢ dién ABCD c6 ban
kinh

B.\/3 c.ﬂ D.ﬁ
3 2

A.3
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Cau 38. Trong khong gian vdi hé toa do Oxyz cho ba diém A(1;0;0), B(0;3;0), C(0;0;6). Tim
phuong trinh mat cau (9) ti€p xuc voiOy tai B, ti€p xtc véiOztai C va di qua A?

A.(z—5"+(@y -3 +(z—6) =61 B.(z—5) 4+ (y+3) +(2—6)° =61
C.(z+5)+(y—3) +(2—6) =61 D.(z —5)* +(y—3)’ + (2 + 6)° = 61

Cau 39. Trong khong gian vdi hé toa do Oxyz cho ba diém A(1;—1;4), B(1;3;9), C(1;4;0). Tim
phuong trinh mat cau (S) di qua diém A va tiép xtic véi cdc mit phang toa do ?

A (z-3 4+ Wy +3)’+(+3'=9 B.(z+3)+(y+3)°+(2—3°=9
C.x—3+{y+3’+(:z-3"=9 D.(z -3+ (y—3+(:z-3"=9

Cau 40. Trong khong gian véi he toa do Oxyz cho hai dieém B(1;1;9), C(1;4;0). Mat cau .(S) di
qua diém B va tiép xtic véi mat phang (Oxy) tai C ¢ phuong trinh la:

A(z -1 +(y—4) +(z—5° =25 B.(z+1) +(y—4) + (2 =5} =25
C.(z—1+(y+4)’+(z—5)° =25 D.(z—17+(y—4’ 4+ (2 +5)° =25

Cau 41. Trong khong gian vdi hé toa do Oxyz cho ba diém A(1;2;2), B(—2;1;3),C(3;1;2). Mat
cau(S) di qua cac diém 4, B, C va ti€p xtc v6iOy cd phuong trinh la:
A(z+1 +y—17+(z-27 =5 B.(z+1 +(y+1 +(2—2°=5

Clz+1+ -1 +(:=+2°=5 D.(z—1+(@y—-1"+(z2-27°=5

Cau 42. Trong khong gian voi hé toa dd Oxyz cho ba diém A(1;—2;—4), B(2;3;4),C(3;5;7). Tim
phuong trinh mat cau c6 tam la A va tiép xac véi BC'?

Az =17+ @y +2° +(z+4)° =221 B.(z+1)° +(y+2) + (2 +4)* =221

C.z—17 +(y—2) + (2 +4) =221 D.(z -1 +(y+2) +(z —4)" =221

Cau 43. Cho mat cau (S): 2> +1° + 2° — 8x + 4y + 2z — 4 = 0. Ban kinh R ctia mét cau (S) la:

A.R=\17 B.R — /38 C.R=2 DIR=5

Cau 44. Mat cau (5) c6 tam 1(1;2;—3) va di qua A(1;0;4) c¢6 phwong trinh
AL 1) + (y+2) + (2= 3) =53 B. (x4 1 + (y+2)° + (z+ 3)" = 53

C.(x— 1) + (y—2)* + (z— 3)* = 53 D.(x— 1) + (y—2)° + (z+ 3)° =53

Cau45. Cho (S) 1a mit cau tam I(2; 1;—1) va ti€p xtc véi mit phang (P) c¢6 phuong trinh:
2z -2y —z+3 =0 .Khi do, ban kinh cuaa (S) la:
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AL B.2 C

1 D.3
3 3

Cau 46. Cho mdt cau (S) co tam 1(4;2;-2), ban kinh R. Biét (S) tiép xtc (P): 12x — 5z — 19 =0. Ban
kinh R 1a?

A.R =39 B.R — 13 CR=—3 D.R =313

Cau 47. Mat cau (S) tam I(1 ;2 ;2) va tiép xtic voi (P): 2 +2y + 2z —5 =0 cd ban kinh la :

A B.2 cl D.3
2 3 3
Cau 48. Cho (S) 1a mat cau tam I(1;2;3) va tiép xtic véi mit phang (P):z —2y + 22+ 3 =0. Ban
kinh cuaa (S) la:
A2 B.6 C.1 D%

Ciau 49. Trong khong gian vdi hé toa dd Oxyz, cho mat ph:fmg (P): x+ y+z+1=0. Viét phuong trinh

mat cau c6 tam 1(1;1,0) va tiép xtc voi mp(P).

A.(:l:—l)2+<y—1)2—|—z2:3 B.(x—1)2+(y—1)2+z2:\/§
C.(:c+1)2+(y+1)2+z2:\/§ D.<x+1)2+(y+1)2+z2:3

Cau 50. M4t cau tdm I(1; -2; 3) ti€p xtic véi mat phang (P) : 2x — y + 2z — 1 =0 cd phuong trinh :
A(z—17+(y+2°+(z—-3"=3 B.(z+1+(y—2+(2+3°=9

Ciz+1’+(y—2°+(z+3°=3 D.(z—1°4+(y+2+(z-3"=9

Cau51. Vit phuong trinh mdt cau co tdm I(1;4;—7) va tiép xtic véi mat phang
6z 4+ 6y — 72+ 42 =0.
Az +1) + =3+ (-3 =1 Bi(z — 1) +(y—4) + (2 +7) =121

C.z—5+y—3 +(z+17*=18 D.(z -1 +(@y—2+(z-2=9
Cau52. Trong khong gian véi hé toa d6 Oxyz, cho diém A(2;1;1) va mit phang
(P): 2z —y+22+1=0 . Phuong trinh mat cau tdm A tiép xtic véi mat phang (P) la:

Afe—2) +(y-1) +(--1) =4 Bi(c2) +(y 1) +(z 1) =9
Clz—2) +(y-1) +(--1) =3 D.(c-2) +(y-1) +(= 1) =5

Cau 53. Trong khong gian véi hé toa dd Oxyz, phuong trinh mét cau tam A(1;2;1) va tiép xac
véi mat phang (a):a: —2y+2+3=0 la:
1
Afr—1) +(y—2) +(- 1) = B.a’ +y' 4+ 2 — 20 —4y—2:+6=0

J6
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Cll—a) +(2-9y) +(1—2) 1 D!62> + 6y> + 62° — 122 — 24y — 122 + 35 = 0

J6

Cau 54. Trong khong gian Oxyz, cho ta dién ABCD vOi
A(l; 6;2), B<5;1;3), 0(4; 0;6), D(5;0;4).Ph1r0ng trinh mat cau (S) c6 tam D va tiép xac

véi mat phang (ABC).
8 8
A. (S): 57 +1° 47 = — B. (S): (z —5)* + ¢ 4)? = >
O):(z+5)+y +(2+4) 523 ) (z =5 +y +(z+4) 523
C. (5): (:c+5)2+y2+(z—4)2=i D. (S): (x—5)2+y2+(z—4)2:i
223 223

Cau 55. Cho 4 diém A(3; -2; -2), B(3; 2; 0), C(0; 2; 1) va D(-1; 1; 2). Mt cau tam A va tiép xtc v6i
mét phang (BCD) c6 phuong trinh la:

A(z+3) +(y—2+(2-2) =14 Bl(z—3)7 +(y+2°+ (2427 =14
C.(z—3) +(y+2 + (2 +2f =14 D.(z+37 +(y—2) +(z—27 =14
rT=1

Cau 56. Mat cau co6 tam I(1;3;5) va ti€p xtc d : {y = —1 —t ¢6 phuong trinh la?

A(e—1) +(y—3) +(2—5) =49 Bi(c—1) +(y—3) +(:—5) =14
C.(z—1) +(y—3) +(—5) =256 D.(¢—1) +(y—3) +(:—5) =7

Cau 57. Trong khong gian véi hé toa &6 Oxyz, cho diém A(1; -2; 3) va duong thang d ¢6 phuong
z+1 y—2 2z2+3
1 _
Az +(@y+2) +(2-37 =5 Bi(z 1) +(y+27°+(z 3 =50

trinh

. Viét phuong trinh mat cau tam A, tiép xuc voi d.

C.(z+17 +(y—2) + (2 +3)" =50 D.(z 1)+ (y+2)° + (2 37 =50

Cau 58. Cho mat phdng (P): 16z —15y—12z+75=0 va mat cAu (S) z° +y* +2° =9 . (P) tiép
xuc voi (S) tai diém:
A- 201,55 B.(—1;1,2) C.(-11,25) D.(— 222,35
25 25 3 25 25 525
Cau 59. Trong khong gian Oxyz cho mat phang (P): 2z + 3y 4+ z — 11 = 0 .Mgjtcau (S) c6
tam I(1; -2; 1) va tiép xac voéi (P) tai H. Toa d6 ti€p diém H la.
A. H(3;1,2). B.H(5;4;3) C.H(1;2;3) D.H(2;3;-1)
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Cau 60. Trong khong gian Oxyz cho mat cau (S) 24yt + 28— 20— 2y —22—22=0, va mat
phéng(P) 131 — 2y + 62 +14 = 0 . Khoang cach tir tim I ctia mat cau (S) dén mit phang
(P) 1a

A.2 B.1 C.3 D.4

Cau 61. Trong khong gian (Oxyz). Cho diém A(—l; 0;2) va mat phang (P): 22—y —2+3=0.

Mt cau (S) tam A tiép xac voi mat phfmg (P) tai diém H c6 toa do la:

B.H —g;—l;ﬂ H _2;_1;2
3 6 3

Cau 62. Trong khong gian v6i hé toa do Oxyz, cho mat phéng (P):z —y + 42 — 4 = 0 va mat cau
(S):2® 4+ y* + 2* — 4z — 10z + 4 = 0. Mat phang (P) cat mit cau (S) theo giao tuyén la
duong tron 6 ban kinh bang

A3 B.\7 C.2 D.4

Cau 63. Cho mat phang (P) : 20-2y—2-4=0 va mat cau (S)
1’ +y* +2° — 20 — 4y — 62 — 11 = 0. Ban kinh duong tron giao tuyén la:
A.2 B.5 C.3 D.4

Ciu64. Tim toa d0 tam J cta duong tron (C) la giao tuyén chia mat

cau(S):(z — 27 + (y + 37 + (2 +3)* =5 vamat phang (P): z — 2y +224+1=0

A.J é;é;é B.J é;_Z;_E C.J (1,2;0) D.J(—1;2;3)
242 3 3 3
Cau 65. Cho mat phang (P):2z—2y—2—4=0 va mat cau
(8):2” + 9 +2* — 2z — 4y — 62 —11= 0. Gia st (P) ct (S) theo thiét dién la dwong tron
(C). Xac dinh toa do tam va tinh ban kinh duong tron (C).
A.Tam I(3;0;—2),r=3 B.Tam /(3;0;2), r =4
C.Tam I(3;0;2), r=5 D.Tat ca 3 dap an trén déu sai.

Cau 66. Cho (S): 2 +5° + 2> —4x — 2y + 10z+14 = 0 . M4t phang (P): x +y + 2z —4 = 0 cat mat
cau (S) theo mot dwong tron ¢é chu vi la:

A.87 Bldr C.4m\3 D.2w

Cau 67. Trong khong gian véi hé toa d6 Oxyz, cho mat phang (P): 2z —2y — 2z —4 =0 va mét
cau (S) s 24y’ +2° 224y - 62-11=0 . Mit phang (P) cat mit cau (S) theo mot

dwong tron cd chu vi la
A. 8 B.2m C.4rm D.6m
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Cau 68. Trong khong gian véi hé truc toa dd Oxyz cho toa d6 cho médt cau (S) :(a: — 2)2 +yP 42 =9
va mit phang (P):z+y—z+1=0. Biét (P) cit (S) theo mdt duong tron, bén kinh ciia
dwong tron la :

Al B.3 c3 Do

-Cho diém I(1; 2; -2) va mat phang (P): 2z + 2y + z + 5 = 0. Viét phuong trinh mat cau

(S) ¢6 tam 1a 1, sao cho (P) cat (S) theo dudng tron giao tuyén c6 chu vi bang 871"

Blio—1f +(y—2) +(+2f =2 B.(o— 1) +(y—2) + (s +2) =9
Clz—1) +(y—2) +(=+2) =5 D.(z—1) +(y—2) + (= +2) =16

Cau 70. Cho mat cau (S):x2 +4'+2° =20 —4y—62+5=0 va mat phang (a):x+y+z =0.
Khang dinh nao sau day dtng ?

A. a) di qua tam cua (S)

B.(«) tiép xtic vdi (S)

)
)

C. (oz cat (S) theo 1 duong tron va khong di qua tdm ctia mét cau (S)
B ] 38 ) Khng c6 ditm hume
Cau 71. Cho mat phang (a) tdr—2y+32+1=0 va mat cau

(S):2” +¢” + 2" — 22+ 4y + 62 = 0. Khi d6, ménh dé nao sau day 1a mot ménh d@ sai:
A. (a) cat (S)theo mot duong tron I(a)_(S)
C. (oz) c6 diém chung véi (S) D. (a)di qua tam cta (S)
Cau72. Cho mat cau (S) c6 phuwong trinh 2’ +3° 42’ —3z—3y—32=0 va mat phing

(P) : x4+ y+2—6=0.Nhan xét nao sau day la dung
A. Mit phang (P) cat mat cau (S) theo duwong tron (C)

B. Tam miit cau (S) 12 1(3,3,3)
C. Mit cau (S) va mat phang (P) khong c6 diém chung

Cau 73. Mat phang (P) tiép xtc véi mit c‘éu(S) :(a: - 1)2 + (y + 3)2 + (z - 2)2 = 49 tai 0iém M(7; -
1; 5) c6 phyong trinh la:
A3z+y+2-22=0 Bi6z +2y +32-55=0
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C.6z+2y+32+55=0 D.3z+y+2+22=0

Cau 74. Cho mat cau (S): 2 +¢* +2° — 2z + 4y —9 =0 . Mt phang (P) ti€p xtic v6i mat cau (S)
tai diém M (0;—5;2) c6 phuong trinh la:
Alz — 2y — 10 = 0 B. -5y + 2249 =0

Cz+3y — 2245 =0 Dz + 3y — 22 +19 =0

Cau 75. Trong khong gian (Oxyz), cho mit cau (S) :2* + ¢ + 2° — 4z —5=0. Diém A thudc mat
cau (S) va c6 toa do tht nhat bang —1 . Mt phang (P) tiép xtc véi (S) tai A cé phueong
trinh la:

Az+y+1=0 B.z+1=0 Cy+1=0 D.z—-1=0

Cau76. Cho mat cau (S):(z—2)° +(y+1° +2° =14. Mat cau (S) cat truc Oz tai Ava

B (z, < 0). Phuong trinh nao sau day la phuwong trinh tiép dién cta (S)tai B ?
A2x—y—32—-9=0 B.z—2y+2+3=0 C2xr—y—3249=0 D.x—2y—2—-3=0

Cau 77. Trong khong gian Oxyz cho mat cau (S) : (m — 1)2 + (y + 3)2 + (z — 2)2 =49. Phuong

trinh nao sau day la phuong trinh ctia mit phang tiép xtc véi mét cau (S) ?
A.6x+2y+32=0 B.x+2y+2:-7=0 ELib6zr+2y+32—-55=0
D.2z+3y+62—-5=0

Cau 78. Trong khéng gian (Oxyz), cho mat cau (S): 2° + 1y’ +2° — 22+ 4y —2z —3=10 va mit
phang (P): z 42y —2z—m —1=0( m la tham s8). Mt phang (P) tiép xtic véi mat cau
(S) tng vdi gia tri m la:
m=—3 m=3 m =3 m=3

A. B. C. D.
m=—15 m=—15 m=-—5 m =15

Cau 79. Cho mat cau(S): (x+1)* + (y—2)° + (z— 3)* = 25 va mit phang a:2z+y—2z+m=0.

Tim m d€ a va (S) khoéng c6 diém chung
A.—9<m <21 B.m <—9 hoacm >21 C.—9<m <21

D.m < -9 heagm > 21

Cau 80. Cho mat cau (S): z* + v° + ( z - 1)2 — 4. M4t phang (P)c6 véc to phép tuyén

n = (2;1;2) va tiép xtc véi mdt cau (S) c6 phuong trinh la:

A2 +y + 22 410 =0;2x + y + 22 — 14 = 0
B.2x + y +22 -8 =0;2r +y + 22 +4 =20

C2x + y +22 -8 =0;2r +y + 22 4+ 10 =0
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D.2x + y + 22 +4 =0;2r 49y + 2z - 14 =0

Cau 81. Cho mgt cau (S): X2 + y2 + 72 -2x — 8 = 0 va mp(P):2x — 2y + z — 11 = 0. M4t phang song
song voi mp(P) va tiép xtc véi mét cau (S) c6 phuong trinh:
A2t — 2y + 2+ 7 =02z — 2y + 2z — 11 =0

B.2z — 2y + 2 43 = 02z — 2y + z — 11 = 0
C2r — 2y +2 +7 =0
D.2zx -2y +2 + 3 =0

Caus2. Cho (8):2° +y* +2°—2y—22—2=0 va mat phang (P):z+2y+2z+2=0. Mit
phang (Q) song song véi (P) dong thoi tiép xtic véi (S) cd phuong trinh 1a :
Ax+2y—2x—-10=0

B.z +2y+2:-10=0
Cz+2y+2x—10=0 vaz+2y+22+2=0
D.z+2y+2x—-10=0 vaz—2y+22+2=0

Caus83. Cho mit cau (S):a’+y’ +2°—20—-4y—62—2=0 va mit phang
(a): 4z + 3y — 122 +10 = 0. Mt phang tiép xtic véi (S) va song song véi (o) c6 phrong
trinh la:

Adr+3y—122+78=0

B.4z + 3y — 122+ 78 = 0/hoac |4z + 3y — 122 —26 =0

C.dx+3y—122—78 =0 hoac 4z + 3y —122+26 =0

D.4x+3y—122—-26=0

Cau84. Phuong trinh cia 2 mit phang tiép xic véi mat  cAu:
<S):a:2 +y'+ 2 =6z +4y—22—11=0va song song vOi mat phang
<0z):43:+3z—17:0 la:

Aldr +32—40=0/va 4z +32+10=0 B.4z +32+40=0vadzr+32—-10=0

C4z+3y—20=0vades+32+5=0 D.4z+3y—40=0vadz +3y+10=0

Caus5. Cho mat cau (S) 4yt 42 —20+4y—64=0 ,cic duong thang

:d:lﬁ_l:y—_QzE va d'
7 2 2 3 2

tiép xuc véi mat cau (S ) va song song voi d,d'

el _y-l_ 2 le 2 vigt phuong trinh mat phang (P)

A2x+y—8z—12=0va2zr+y—8z+12=0
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B.2z +y—82—69=0va 2z +y—82+69=0
C2r—y+82—-6=0 va2r—y+82+6=0
D.2x4+y+82—-13=0 va2r+y+82+13=0

Cau 86. Trong khong gian véi hé toa do Oxyz, cho mat cau (S) c6 phuong trinh:
2* + 4 4 2* — 22 + 6y — 42 — 2 = 0. Viét phuong trinh mat phang (P) song song véi gia
ctia véc to ¥ = (1;6;2), vudng goc v6i mit phang () : z + 4y + z — 11 =0 va tiép xtic véi

(S)-
A.(P): 2z —y+22—3=0 hodc (P): 2x —y+22=0.

B.(P): 22 —y + 22+ 3 = 0hoge (P): 2x —y +22z—21=0.
C.(P): 2z —y + 2z —21 = 0.

D.(P): 20 —y+224+3=0

Cau 87. Trong khong gian véi hé truc toa dd Oxyz cho toa d6 cho mdt cau (S ) :(:E — 2)2 +yP4+22=9
va mit phing (P):z +y — 2+ m =0, m la tham s3. Biét (P) cét (S) theo mdt duong tron c6
ban kinh 7 = \/E.Giétricaathamsamla:

Am=3m=14 B.m=3;m=-5 Cm=1Im=-4 Dim=1m=-5

Cau 88. Cho mat cau (S):xQ+y2—|—z2—8:17—|—2y—|—2z—3:0 va duong théng
A;m_lzi:2+2
3 —2 -1
duong tron (C) cd ban kinh 16n nhat. Phwong trinh («) la
A3z —-2y—2+5=0 B.3z—2y—2—-5=0 Cl3z—-2y—2—-15=0
D.3z —2y—2+4+15=0

. Mit phang (o) vudng goc véi A va cat (S)theo giao tuyén la

Cau 89. Trong khong gian véi hé truc Oxyz, cho mat cau (S): 2° +y° +2° —2v +4y +22-3=0.
Viét phuong trinh mat phéng (P) chira truc Ox va cit mit cau (S) theo mot duong tron
coban kinh r = 3.

Ay-22-1=0 B.y—22—-2=0 Cy-22=0 D.y—2241=0

Cau 90. Trong khong gian vdi hé toa d6 Oxyz cho mat cau (S): (z -1 +(y—2)+(2—3)* =9

r—6 y—2 22—

va duong thang A : 5 2 Phuong trinh mit phang (P) di qua M(4;3;4),

-3 2
song song véi duong thang A va tiép xtic véi mat cau (S)
A2z +y+22-19=0 B.z —2y+22-1=0
C22r+y—22-12=0 D.2x+y—22—10=0
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ZFO_¥=T_2 43 diém
-2 1
M(4;1;6) . Buong théng d cat mit cau (S), c6 tam M, tai hai diém A, B sao cho AB =6.

Viét phrong trinh cia mat cau (S).

Cau 91. Trong khong gian vdi hé toa do Oxyz, cho dwong théng d:

Az —4Y +(y—1° + (2 —6) =12 B.(z -4 +(y—1°+(2—6)=9
Cl(z—4) +@wy—-1"+(2—6)7 =18 D.(z —4) +(y—1°+(2—6) =16
. s . . 2 z—1 y—2 z4+1 . \ N
Cau 92. Cho diém I1(3,4,0) va duong thang A : N = N = 1 Viét phuong trinh mat cau
(S) c6 tam I va cat A tai hai di€m A,B sao cho dién tich tam gidc IAB bang 12

Al(x -3 +(y—4)+2"=25 B.(r +3)+(y+4)’ +2°=5

Cz—3’+@y—4)+2 =5 D.(z+3) +(y+4)° +2>=25
T=1

Cau93. Cho duong théng d:jy=-1 va 2 mp (P z+2y+2:+3=0 va (Q)
z=—t

z+2y +22+7=0.Mat cau (S) c6 tam I thudc duong thang (d) va tiép xdc véi hai mat
phang (P) va (Q) cé phuong trinh

Afo+3f +(y+1) + (s -3 =3 Bz 3] +(y=1 + (s +3] =5
C.($+3>2+(y+1)2+(z+3>2:% D.(m—3)2—|—(g/+1)2+(z+3)2:%

Cau 94. Cho hai mat phang (P) T —2y+22—-3= O,(Q) 2z +y—22—4=0 va duong thdng

: x—+12 B LZ == ; . Lap phuong trinh mat cau (S) co' tam I € d va' tiép xuc voi hai

mat phang (P) va (Q).

d

Az —11) +(y—26) +(2+35) =38 v(e+1) +(y—2) +(:—1) =4

B.(v+11) +(y+26) +(2—35) =38 V(e +1) +(y—2) +(- 1) =4

C.o—11) +(y—26) +(2+35) =38 v(e—1) +(y+2) +(-+1) =4

D.(c+11) +(y+26) + (= —35) =38 v (e —1) +(y+2) +(=+1) =4

Cau 95. Trong khong gian véi hé toa 46 Oxyz, cho mit phéng (P): z + 2y — 2z + 3 = 0 va 2 diém
A(4; -4; 4), B(4; 2 ;6), C(3 ; -5; 7). Mit cau (S) tiép xtic v6i (P), di qua diém C va c6 tam

nam trén duong thang AB. Tam I ctia mét cau (S) c6 toa d9 la:
A.(-4;-3;5) B.(4;-3;5) C.(4;3;5) D.(4:3; -5)
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Ciu 96. Trong khong gian Oxyz cho ba diém A(2;0;1), B(1;0;0), C(1;1;1) va mat phang
(P):z+y+2z—2=0.Phwong trinh mat cau di qua ba diém A, B, C va c6 tam thudc
mat phang (P) c6 dang la:

A+ +22—2+224+1=0 B2’ 44y +2° —2—-2y+1=0

Co+y +72"—2r+2y+1=0 .x2+y2+z2—2x—2z+1=0

Cau 97. Trong khong gian véi hé truc toa dd Oxyz cho hai mit phing (P) 20 —y+2-3=0;

(Q) :x+y—2z=0.5)1a mat cau c6 tam thudc (P) va tiép xuc vdi (Q) tai diém H (1;—1;0) .

Phuong trinh ciia (S) la :
A(S):(e—2) + + (2 +1) =1 B.(S):(z—1) +(y—1) +2" =3
C.(8):(a+1) +(y—2) +2* =1 I(S):(m—2)2 +yf (2 4+1) =3

Cau 98. Cho mit cau (S) 2’ +y° +2° =22 —22 =0 va mit phang (P): 4z+3y+1=0 . Tim

meénh dé dung trong cac ménh &€ sau:
A.(P) di qua tam cta (S) B.(P) cat (S) theo mot duong tron

C.(S) tiép xtic voi (P) D.(S) khong c6 diém chung voéi (P)

Cau 99. Trong khong gian véi hé toa dd Ozyz cho miat cau (S):2” +y* + 2° — 2z — 22 = 0 va mat

phang (a) 14z + 3y +m = 0. Xét cdc ménh dé sau:

L (a) cdt (S) theo mot dudng tron khi va chi khi —4 —5v2 < m < —4 + 52.
I1. () ti€p xtic véi (S) khi va chi khi m = —4+ 52.
1L () N (S) = @rkhi va chi khi m < —4 — 5v2 hoc m > —4 + 512 .

Trong ba ménh dé trén, nhitng ménh dé nao dung ?
Al va Il BIvall C.I D.LILIII

Cau 100.Trong khong gian véi hé truc toa dd0 Ozyz, cho mat cau (S) cé duong kinh AB véi
A(3;2;—1), B(1;—4;1). Tim ménh dé sai trong cac ménh dé sau:

AMit cau (S) cé bankinh R =+/11.
B.Mit cau (S) di qua diém M(—1;0;—1).

NG UG ) - 3 - + 11~ 0|

D.Mat cau (S) co tam 1(2;—1;0).
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FULL BAI GIANG CHUYEN DE OXYZ VA PAP AN THAY CO CO THE PANG KY

THAY TAI - 0977.413.341 ( MAIL: trantai.gvt@gmail.com )

CHUC CAC THAY CO VA CAC EM HOC SINH CO 1 NAM HOC THANH CONG NHU Y !
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PHAN III: TOA PO TRONG KHONG GIAN OXYZ

Dang toan 5. Tim diém, khodng cdch, géc va vij trj twong déi
A - PHUONG PHAP GIAI TOAN

1) Xac dinh hinh chiéu H ctia mét diém M 1én dwong thing d:
Phuong phap:
— Viét phuong trinh mét phang (P) qua M va vuong goc vi d.
— Khidd H=dn(P).

2) Tim diém d6i xng M’ ctia mot diém M qua dwong thing d:
Phuong phap:
— Tim diém H la hinh chiéu cua diém M trén d.
— Xac dinh diém M’ sao cho H la trung diém cta MM’

3) Xac dinh hinh chiéu H ctia mot diém M 1én mit phang (P):
Phuwong phap:
— Viét phuong trinh duong thang d qua M va vuong goc véi (P). 1M

— Khidd H=dn(P).

4) Tim di€m d6i xdng M’ caa mot diém M qua mat phény{ H
P 1
Phuong phap: -
— Tim diém H 1a hinh chiéu cta diém M 1én mat phang (P). M-

— Xac dinh diém M’ sao cho H la trung diém cta MM’
5) Goc giita hai dwong thang — géc giita dwong thang va mit phang

_—

ud| .Md2

— Goc gitra hai dwong 4, d

2

—

u

)

xac dinh béi: cos(d,,d, )= cos(ud1 Sy,

4|

— GOc gitta dwong d va mat (P) xac dinh boi: sin(d,(P)) = sin(Z,@) =

Cho mit phang (P): A,x+B,y+Cz+D, =0 va mat phang (Q): A,x+ B,y +C,z+ D, =0.

NV A B C D
* (P) cat < A B :C.=A :B,:C e (P o T
( ) (Q) 1 1 lI 2 2 2 ( ) H (Q)<:>A2 Bz C2 D2
A B C D
o (P) = (Q) = —Al :—Bl :—Cl :—Dl . L4 (P) J_ (Q) = A1A2 + B1B2 +C1C2 - 0

2 2
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x=x,+ta, x=x'+ak
Cho hai duong thang d,:{y=y, +ta,, (t€R) va d,:{y=y' +a.k, (k7).
z=1z, + ta, z=z +a,-k

Trong d6 M, (x,;y,;z,)€d,, u, =(a;a,;0,) va M,(x;y,;z,)€d,, u, =(aj;a;a;).

[udl,udz}:o R .
« 4 |d el 3 . dlzdz(:)[ud,udz}:[udl,MlMZ}:O
[udl ,MlMZ} =0
0 T
e dnd, e . d,, d, chéo nhau @[udl,udz}-MlMZ::O
udl,udz]-Mle ~0

B- BAI TAP MAU

BT1. Tim toa do hinh chiéu H cta diém M trén duong thang d va diém M’ d6i xtng véi M

qua duong d, trong cac treong hop sau:

x=2+2t x=1-—4t
a) M(1;2;-6), d:iy=1-t , (teR). b) M(2;3;1), d:qy=2+2t, (teR).
z=t-3 z=4t—1
Q) M(1;2;—1), d:x—1:y+2:z—2' d) M(2;52), d:x+1:y+2:z—3.
2 1 2 2 -2 1
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BT2. Tim toa d0 hinh chiéu H cta diém M trén mp(P) va diém M’ doi xiing véi M qua mp

(P):
a) (P):2x—y+2z—-6=0, M(2;-3;5) b) (P):x+y+52-14=0, M(1,—4-2)
) (P):6x—2y+3z+12=0, M(3;1;-2) d) (P):2x—4y+4z+3=0, M(2;-3;4)

BT 3. (CP -2014) Trong khong gian véi hé truc toa dd Oxyz, cho cac diém A(2;1;-1), B(1;2;3)
va mat phang (P):x+2y—2z+3=0. Tim toa d6 hinh chiéu vudéng goc ctia A trén mat
phang (P). Viét phuong trinh mat phang (Q) chtta A, B va vudng goc véi mat phang
(P).

A

Dép s8. H(1;—1;1) va (Q):10x—2y+3z—15=0.
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BT 4. (PH B-2014) Trong khong gian v6i hé truc toa dd Oxyz, cho diém A(1;0;,-1) va duong
x=1_ ¥+l 2 | vigt phuong trinh mit phing (P) qua A va vudng goc voi d.
] p & phang q g8

Tim toa d¢ hinh chi€u vudng goc ctia A trén d.

Dép s8. (P):2x+2y—z—3=0 va H g;_l;_l].

thang d:

3 3

BT5. (PH D - 2013 — Chuong trinh chudn) Trong khong gian véi hé truc toa do vudng goc
Oxyz, cho cac diém A(-1;-1;-2), B(0;1;1) va mat phéng (P):x+y+z—-1=0. Tim toa d6
hinh chiéu vudng goc ctia A trén mat phang (P). Viét phuong trinh méat phang (Q) di

qua A, B va vudng géc v6i mat phang (P).

N 22 1

Dap so. H§ 3 va mit phang (Q):x—2y+z+1=0.

BT 6. Xétvi tri twong d6i ctia hai mit phang sau:

a) (P):2x+3y—2z+5=0 b) (P):3x—4y+3z+6=0
(Q):3x+4y—8z—-5=0 (Q):3x—2y+5z-3=0

J) (P):5x+5y—5z—-1=0 d) (P):6x—4y—6z4+5=0
(Q):3x+3y—3z+7=0 (Q):12x -8y —12z—-5=0
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BT 7. Xac dinh tham s m, n d& cac cgp mit phang sau: song song, cat nhau, tring nhau:

P):3x+my—2z—-7=0 P):5x -2y +mz—11=0
a) / b) !

(Q):nx+7y—6z+4:0 (Q):3x+ny+z—5:0
0 (P):2x+my+3z—5=0 n (P):3x—y+mz—9=0

(Q):nx—6y—6z+2:0 (Q):2x+ny—|—22—3:0

BTS8. Xac dinh tham s m d& hai mit phang sau day vuéng géc véi nhau:

2) (P):Zx—my+3z—6+m:0 (P):Zx—7y+mz+2:0
(Q):(m+3)x—2y+(5m+1)z—10=0 (Q):3x+y—2z+15=0
) (P):(2m—1)x—3my +2z+3=0 4 (P):mx+2y+mz—12=0
C
(Q):mx+(m—1)y+4z—-5=0 (Q):x+my+z+7=0
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BT9. Xétvitri tuong ddi gitta hai duong thang d,, d, cho trudc:

) [x=—1+t
a) dlzx_1:y+ _z—4 d:iy=—t , (teR).
-2 1 3
z=—-2+3t
x =542t x=3+42t
b) d :{y=1-t , (teR). d,:ly=-3—t', (' eR).
z=5—t z=1-t
Q) dl:x—lzy—Zzz—S dz:x—7:y—6:z—5_
9 6 3 6 4 2
—2y+2z—-2=0 2 —z42=0
d) d: x—2y+2z d, x+y—z+

2x+y—2z+4=0
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BT 10. Chiting to rang cac cip duong thing sau day chéo nhau. Viét phuong trinh duong

vudng goc chung ctia chung;:

x=1-2¢ x =2t

a) d :{y=3+t , (teR) d:qy=1+t", (t'eR).
z=-2-3t z=3-2t
x=1+42t x =2t

b) d :{y=2-2t, (teR) d,:iy=5-3t', ('eR).
z=—t z=4
x:3—2t x:2+3tl

C) d:iy=1+4t, (teR) d:qy=4—t", (teR).
z=4t—-2 z=1-2¢t

d) d, xfzzy_"’_lzf dz:fzy__1:z+1.
3 -2 2 1 2 4

C- BAI TAP TRAC NGHIEM
Cau 1. Trong khong gian v6i hé toa do Oxyz,cho hai diém B(—1;—1;0),C(3;1;—1). Tim toa do
diém M thudc Oyva cach déu B,C?
9 9 9 9
A. (0;=;0 B.(0;=;0 C. (0;—=;0 D.(0;—=;0
A (0:3:0 (0:5:0) (05-5:0) 0:—:0)
Cau 2. Cho hai mat phfmg (P):x-l—y—z-l—l: 0, (Q):x—y+z—5: 0. Diém nam trén Oy cach
dieu (P) va (Q) 1a:
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A.(0:3;0) B.(0;—3;0) C.(0;-2;0) D.(0;2;0)

Cau 3. Trong khong gian véi hé toa d60 Oxyz, cho hai diém A(1;1;2), B(—1;3;—9).Tim toa do
diém M sao cho diém M thudc Oy va AABM vuodng tai M ?
M(0;2 + 2v5;0) M(0:2 +/5;0) M(0:1++/5;0) M(0;1 + 245;0)
A. D.
M(0;2 — 24/5;0) M(0;2 —/5;0) M(0;1—+/5:0) M(0:1 - 24/5;0)

Cau 4. Trong khong gian Oxyz, cho diém E mit phang Ozy va c6 hoanh d9 bang 1, tung do6
nguyén va cach déu mat phang (a) cx+2+2—-1=0 va mat phang
<ﬂy2x—y—z+2:0.ﬂmd6deE£

A.(l; 4;0) B.(1; 0;—4) C.(l; 0;4) D.(1;—4;0)

Cau 5. Tim diém A trén duong thang d : % = il _2F1 a0 cho khoang cach tir diém A dén
mp(a): z —2y — 2z +5=0 bang 3.Biét A c6 hoanh d6 duong

A. A(0;0,—1) B. A(—2;1;—-2) C. A(2;—-1;0) D. A(4;—2;1)

Cau 6. Trong khong gian véi hé truc toa dd Oxyz, cho diém A(2;0;1) va duong thang
d:"T‘lz%:Z_‘ll. Khi d6 toa do diém M thudc d théa man MA =43 la:
A.M(3;-1;-1) B. M(3;1,0) C.M(5,—-1;-1) D. M(3;1;0)

Cau 7. Trong khong gian véi hé toa d6 Oxyz, cho hai diém A(1; 4; 2),B(-1; 2; 4) va duong thang

A x—lzy_A—Zzg. Tim toa d0 diém M trén A sao cho: MA? + MB? =28.

-1 1

A. M(—1;0;—4) B. M(—1;0;4) C. M(1;0;—4) D. M(1;0;4)

Cau 8. Trong khdng gian véi hé toa d6 Oxyz, cho duong thang d: xT_3 = ll = % va mat
phang (P):2x—y+2z—7=0. Mla diém trén d va cach (P) mot khoang bang 3. Toa do M
la:

A.(3;0;5) B.(1,2;-1) C.Ca2 dap an A) va B) déu dung

D.Ca 2 dap 4n A) va B) déu sai

x=1+t

Cau 9. Tim toa d6 diém H trén duwong thang d: {y =2+t sao cho MH nhan nhat, biét M(2;1;4):

z=1+2t

A.H(2;3;3) B.H(1;3;3) C.H(2;2;3) D.H(2;3;4)

Cau 10. Cho mat phang (P): 16x — 15y — 12z + 75 =0 va mat cau (S) x* +y*+z* =9 . (P) tiép xuc
voi (S) tai diém:
48 . 36 19 36 48 9 36

A (- =112 B.(-L,1,=2) C.(-LL=) D.(

25" 25 3 25 25525
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x—1 y+2 z

Cau11. Cho hai diém A(1;4;2), B(-1;2;4) va duong th:fmg A =5 Diém MecA ma

-1 1
MA? + MB? nho nhat cé toa d0 la
A.(1;0;-4) B.(0;-1;4) C.(-1,0;4) D.(1;0;4)

Cau 12. Trong khong gian Oxyz cho 2 di€m A(1;2;3), B(4;4;5). Toa d6 diém M e (Oxy) sao cho
tong MA®* + MB*> nho nhat la:

17 11

84’

B 1 C 1 11 11
M ; ; L4 ; ; D' M M
O) (1/210) “1(8/ 4 /0) “1(8,4,0)

A. M(

Cau 13. Trong khong gian véi hé truc toa dd Oxyz, cho hai diém A(1;2;2), B(5;4;4) va mat
phang (P): 2x+y-z+6 =0 . Toa d6 diém M nam trén (P) sao cho MA>+ MB> nhd
nhat la:

A. M(-1;1;5) B. M(1;-1;3) C. M(2;1;-5) D. M(-1;3;2)

Cau 14. Trong khong gian Oxyz cho mat phang (P): 2x + 3y + z — 11 = 0. m4t cau (S) c6 tam I(1; -2;
1) va tiép xtc voi (P) tai H. Toa do ti€p diém H la.
A. H(3;1;2). B.H(5;4;3) C.H(1,2;3) D.H(2;3;-1)

Cau 15. Trong khong gian Oxyz cho A(2;1;—1) va mat phang (P):x+2y—2z+3=0. Duong thang
(d) di qua A va vudng goc véi (P). Tim toa do M thudce (d) sao cho oM =3
A.(L-11); (5/3,1/3; —1/3) B.(1,1;,-1); (5/3;1/3; —1/3)

C.(L,-1-1); (5/3 —1/3;1/3) D.(L-1-1); (5/3;1/3; 1/3)

Cau16. Trong khong gian (Oxyz).Cho 3 diém A(1;0;-1),B(2;1,—1),C(;—1;2). Diém M thudc

duong thing AB ma MC=+14 c6 toa d la:
A M(-2;,2;,-1),M(-1;-2;-1) B.M(2;1;-1),M(-1,-2;-1)

C.M(2;1,-1),M(1,-2;-1) D. M(2;1;1), M (-1;2;-1)

Cau17. Trong khong gian v6i hé toa d0 Oxyz, cho M(-2;1,0) va duong thang

(A): xI2 = yll = Z;1 .Piém N thudc (A)sao cho MN =+/11. Toa d6 diém N 1a:

A.(1,2,-1) B.(-1,2,1) C.(2,1,1) D.(2,-1,1)

Cau 18. Trong khong gian véi hé toa d6 Oxyz cho diém M(2;1;4). Diém N thudc dwong thang

x=1+t¢
(A):jy=2+t (t€R) sao cho doan MN ng:fm nhat c6 toa do la:
z=142t
A.N(2;3;2) B.N(3;2;3) C.N(2;3;3) D. N(3;3;2)

Cau 19. Trong khong gian (Oxyz) cho diém A(-1;0;2) va mit phang (P): 2x—y—z+3=0. Mt
cau (S) tam A tiép xtc véi mat phéng (P) tai diém H c6 toa do la:

A 210 By 2, 1,1 21
36 6

7

37 6"6

3" 6’3
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Cau20. Trong khong gian Oxyz cho hai diém A(-1;3;-2), B(-3;7;-18)va mat phéng (P):
2x-y+z+1=0. Goi M(a;b;c) la diém trén (P) sao cho MA+MB nho nhét. Gia tri cta
a+b+c la

A.1 B.3 C.2 D.4

Cau 21. Trong khong gian voi hé toa do Oxyz, cho hai diém A(1;1;1),C(3;1;—-1). Tim toa d§ diém
P thudc (Oxy) sao cho PA + PC ngan nhat ?
A. (2;1,0) B. (-2;1;0) C. (2,-1,0) D. (-2;-1;0)

Cau22. Cho A(2;1;,-1), B(3;0;1), C(2;—1;3); diéfm D thudc Oy, va thé tich khéi t& dién ABCD
bang 5. Toa d6 diém D la:
A.(0;-7;0) hoac (0;8;0) B.(0;-7;0) C. (0;7;0)hoac (0;—8;0) D(0;8;0)

Cau 23. Trong mat phang (Oxz), tim diém M cach déu ba diém A(1;1;1), B(—1;1;0), C(3;1;,—1).
5 .11]

amZ0Y
272

B.M[%;O;S] C.M

é;0;—Z] D. M(5;0;-7)
6 6

Cau 24. Trong hé toa do Oxyz cho 3 diém M(1;1;1) N(-1,1;0)P(3;1;-1).Diém Q thudc mit phang
Oxz cach déu 3 diém M,N,P cé toa do

B.[E;O;—l] C.[l;O;—Z]
6 6 6 6

Cau 25. Trong khong gian véi hé toa d¢ Oxyz, cho ba diém A(0; 1; 2), B(2; -2; 1), C(-2; 0; 1). Tim
diém M thudc mat phang (P): 2x+2y+z-3=0 sao cho MA=MB=MC.
A.M(2; 1;-3) B. M(0;1;1) C. M(2;3;—7) D. M(1;1;,—1)

Cau 26. Trong khong gian véi hé toa dd Oxyz, cho ba diém A(1;1;1), B(-1;,—1;0),C(3;1;,—-1) . Toa d
diém N thudc (Oxy) cach déu A,B,C la:

7 7
(2—Z; D.(—2;,—Z;
C (2; 4,0) (—2; 4,O)

7 7
A. (0;=;2 B.(2;=;0
©:252) ;550

Cau27. Trong khong gian Oxyz cho hai diém A(0;0;-3), B(2;0;-1)va mat phang
(P): 3x—8y+7z-1=0. Goi C la diém trén (P) dé€ tam giac ABC déu khi d6 toa d6 diém C
la:

-13 -1 -2 -2 -1

A.C(-3;1;2 B.C(1;2;—-1 C.C(—;=;— D.C(—;—;—

( ) ( ) ( 25 ) ( 333 )

Cau 28. Trong khong gian oxyz cho hai diém A(5,3,-4) va diém B(1,3,4). Tim toa d0 diém

C € (Oxy) sao cho tam gidc ABC can tai C va co6 dién tich bf!mg 845 . Chon cAu tra 1oi

dting nhat
A.C(3,7,0) va C(3,-1,0) B.C(-3,7,0) va C(-3,-1,0)
C.C(3,7,0) va C(3,1,0) D.C(-3,-7,0) va C(3,-1,0)

Cau 29. Trong khong gian véi hé truc toa do Oxyz cho A(4;0;0), B(6;6;0)Diém D thudc tia Ox va

diém E thudc tia Oz théa man thé tich t& dién ABDE bang 20 va tam gidc ABD can tai
D c6 toa d0 la:
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A. D(14;0;0); E(0;0;2) B. D(14;0;0); E(0;0;—2)  C.D(14;0;0); E(0;0;==2)  D. D(14;2;0); E(0;0;2)

Cau 30. Cho ba diém (1,2;0), (2;3;-1), (-2;2;3). Trong cac diém A(-1;3;2), B(-3;1;4), C(0;0;1) thi
diém nao tao véi ba diém ban dau thanh hinh binh hanh 1a?
ACaAvaB B.Chi c6 diém C C.Chi c6 diém A D.CaBvaC.

Cau 31. Trong khong gian véi hé truc toa do Oxyz cho A= (4;0;0), Bz(b,‘ c;O). Vi b,c la cac sO
thuc dwong thoa man AB=2y10 va géc AOB=45" . Diém C thudc tia Oz thoa man thé
tich t¢ diéen OABC bf?mg 8 ¢b toa do la:

A. C(0;0;,-2) B.C(O;O,‘3) C.C(O;O;Z) D.C(O;l;Z)

Cau 32. Cho mat phéng (P):k(x +vy—2)+(x —y +z)=0va diém A(1;2;3). Chon khéng dinh dang;:
A. Hinh chiéu cua A trén (P) luon thuéc mot duong tron 6 dinh khi k thay doi.

B. (P) ludn chtra truc Oy khi k thay doi.
C. Hinh chiéu ctia A trén (P) luén thudc mot mat phéng c6 dinh khi k thay doi.
D.(P) khong di qua mot diém ¢d dinh nao khi k thay doi

Cau 33. Trong khong gian v6i hé toa dd Oxyz, cho ba diém A(1;0;2), B(-2;1;3), C(3;2;4). Tim toa
do trec tam H cua AABC?

5 11 5 511 5 5 11 55

— B. —;f— C.(5;—=;—— D.(=;=;

A.( 7 ) b (4 ) (4 g 8) (4 g

11

3

Cau 34. Trong khong gian véi hé toa d§ Oxyz, cho cac diém A(1;3;5) , B(—4;3;2) , C(0;2;1) . Tim
toa do di€ém 1 tam dwong tron ngoai ti€p tam giac ABC
S,
"3/

Al-2.8.8| B. 1|2,8.8]. c. 18,28 D. I
333 333 3’33

Cau 35. Trong khong gian véi hé truc toa d¢ Oxyz,cho ba diém A(2;3;1), B(-1;2;0),C(1;1;,-2). H la

truc tim tam gidc ABC, khi d6, 46 dai doan OH bang

(.OIOO
ooloo

AL Y870 B. Y870 C. Y870 D. Y870,
15 14 16 12

Cau 36. Cho cac diém A(2;0;0); B(0;2;0);C(0;0;1). Toa dd truc tam H cua tam giac ABC la :

AH ) B.H(x;2;2) c.uiE: L D. H(x/%:2)
22 333 333 333
X =t
Cau 37. Trong khong gian véi hé toa dd Oxyz, cho hai duong thang d:{y=-1+4t va
z=3t
dzézy—fz Z+33.Xéc dinh géc gitta hai duong thing d, va d,.
A. o B. 30° C. 60° D. o0°
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Xx=t
Cau 38. Trong khong gian voi hé toa dd Oxyz, cho hai duong thang A:{y=5-2t va
z=14-3t
Xx=1-4t
A':{y=2+t Xd4c dinh gbc gitta hai duong thang A va A'.
z=-1+5t
A. 30° B. 45° C. 60° D. 90°

Cau 39. Trong khong gian véi hé toa dO Oxyz, cho bon diém A(10;0), B(0;10), C(0;0;1) va
D(-2%-1). Goc gitta hai canh AB va CD ¢6 sd do la:

A. 30° B. 45° C. 60° D. o0°
A ~ . T ~ . \ 2 x=1 vy z+1 _,
Céau 40. Trong khong gian v6i hé toa d0 Oxyz, cho hai duong thang dl'TZEZ_l va
d,: XlLl: y—22 = ZIS . Tinh cosin ctia géc gitta hai dwong thang d, va d,.
A. G B. ¥3 C. 6 D. V2
3 2 6 2
X =—-1+t
Cau 41. Trong khong gian voi hé toa do Oxyz, cho hai duwong théng d:{y=—/2 va
z =2+t
X =2+t
d,:{y =1+t .D€& hai duong thang hop véi nhau mot géc bang 60° thi gia tri cua m
z=2+mt
bang;
1 1
A . m=1 B.m=-1 Cm== D.m=-=
2 2
X =6+5t
Cau 42. Trong khong gian véi hé toa dd Oxyz, cho duong thang d:{y=2+t va mat phang
z=1
(P):3x—2y+1=0. Tinh géc hop bdi giita dwong thang d va mat phang (P).
A. 30° B. 45° C. 60° D. o0°
Cau 43. Trong khong gian véi hé toa dd Oxyz, cho duong thang d :XT*3 = ny2:% va mit phang
(a):3x +4y +5z +8=0. Goc gitta duong thang (d) va mat phang (o) c6 s6 do la:
A. 30° B. 45° C. 60° D. o0°

Cau 44. Trong khong gian véi hé toa &6 Oxyz, cho mit phang (P):x—2y+2z—3=0 va duong thang

d:%:ll:?Tinh sin ctia gbe gitta duong thang d va mit phing (P).
A2 B. 2 c. /6 D. Y6
2 2 6 3
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X=1+3t
Cau 45. Trong khong gian véi hé toa d6 Oxyz, cho diém M (2,—6;3) va duong thang d:{y=—2-2t.
z=t
Toa d6 hinh chiéu vudng goc cia M 1én d la:
A.(1-2,0) B.(-84,-3) C.(1321) D.(4,-4;1)

va diém

Cau 46. Trong khong gian vdi hé toa do Oxyz, cho duong théng d: ngz y-1_ Zil

-1
A(L23). Toa do diém A' d6i xitng vdoi A qua d la:
A. A'(3L-5) B. A'(—3,0;5) C. A'(30;-5) D. A'(315)

Cau 47. Trong khong gian véi hé toa d6 Oxyz, cho cho diém A(-132) va mit phang
(P):2x—5y+4z-36=0. Toa d0 hinh chiéu H cua A trén (P)la.
A.H(-%-26) B. H (12;6) C. H(L—26) D. H(L-2-6)

Cau 48. Trong khong gian voi hé toa do Oxyz, cho tam gidc ABC cd A(3,0,0), B(0;—6;0), C(0;0;6) va
mgt phang (a):x+y+2z-4=0. Toa dd hinh chiéu vudng goc ctia trong tam tam gidc ABC
1én mat phang () la:

A.(2-13). B.(2,13). C.(—-2-13). D.(2-1-3).

Cau 49. Trong khong gian véi hé toa d6 Oxyz, cho mit phang (P):2x+3y—z-7=0 va diém
A(350). Goi A’ la diém d6i xtting ciia A qua mat phang (P). Diém A'cé toa d la:
A A'(L-12) B. A'(-1-12) C. A'(LL2) D. A'(-1-1-2)

Cau 50. Trong khong gian véi hé toa do Oxyz, cho diém 1(12;3) va mit phang (a) c6 phuong
trinh 2x—2y—z-4=0.Mat cau (S) c6 tam | ti€p xtc vdi (o) tai H . Toa dd diém H la:

A 2L B.[-24.2 c(B4D D. (224
9 9 9 9 9 9

9’ 9'9 9’9’9

Cau 51. Trong khong gian véi hé toa d6 Oxyz, biét rang mat phang (P):2x—2y—z—3=0 cat mat
cau (S) cd tam | (3-1,-4) theo giao tuyén la mot duong tron. Tam H cua duong tron

giao tuyén la diém nao sau day:

A. H(113) B. H(11-3) C. H(-113) D. H(-311)
X=t
Cau 52. Trong khong gian véi hé toa dd Oxyz, cho duwong thing A:{y—8+4t va mgt phang
z=3+2t
(P):x+y+2z-7=0. Phuong trinh duong thang A' 1a hinh chiéu vuong géc cta A trén
(P) la:
X =8+4t X=-—8-4t X=—8+4t X=—-8+4t
A. ly=15_5t B.|y=15-5t C.! y=5-5t D. | y=15-5t
z=1. z=1. z=1. z=1.
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X=1+2t
Cau 53. Trong khong gian vdi hé toa d0 Oxyz, cho duong thang A:{y=2 . Khoang cach tir
z=-—t
A(0,—1,3) dén duong thang A bang:
A. 3. B. \14. C. V6. D. Js.

Cau 54. Trong khong gian véi hé toa dd Oxyz, cho duodng thang A: x2—1 = yi_l = Zgl. Khoang cach

tr A(L0;3) dén A bang:

A 25 B. 2.

3 3 C. 2.5. D.

galo

Cau 55. Trong khong gian voi hé toa do Oxyz, cho ba diém A(L;-1,0), B(1,0;—2), C(3—1-1). Tinh
khoang cach tir diém A dén duong thang BC.
AV 5, Vi c /@

. . . C— D.
6 2 2

ol

Cau 56. Trong khong gian véi hé toa do Oxyz, ban kinh ctia mdt cau tam 1 (1;3,5) va ti€p xtc voi
duong thang d: % = y_+11 = 2;12 bang:

A. V14 B. 14 C. 7 D.7

Cau 57.Trong khong gian v6i hé toa dd Oxyz, d€ tinh khoang cach tir diém A dén duong thang d
cho tredc, mot hoc sinh da trinh bay bai giai theo thit ti cdc budc nhuw sau:
Bueéc 1. Viét phuong trinh mit phang (a) chita A va vudng goc véi d.

Buéc 2. Tim toa d0 giao di€ém H cua (o) va d.
Buéc 3. Tinh toan va két luan d[A,d]=AH .

Bai giai trén sai 6 buwdc nao?

A.Budc 1. B. Budc 2. C. Buoc 3. D. Khong sai
Cau 58. Trong khong gian véi hé toa dd Oxyz, cho duong thang d: x-1_ y17: 213 va mat
phang (P):3x—2y—z+5=0.Khoang cach giita d va (P) bang;
AN B, 1414 C. Via. D. .
14 9 V14

2: y+1: z+3 va
2 2

Cau 59. Trong khong gian véi hé toa d6 Oxyz, cho hai duong thang d,: XI
x=1 y-1 z+1

Ayt = 5 . Tinh khoang c4ch gitra hai duong thang d, va d,.
A. 42 B.%. c.z. D.#.
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X=1+2t
Cau 60. Trong khong gian véi hé toa dd Oxyz, cho hai duong thiang A:ly=-3+t va
z=4-2t
A X+42 = y—21: 21_1. Khoéang cach gifta hai duwong thang A va A' bang:
AV B. Y3 c. 5. D. 3%
3 386 5 3
A A . fs 1A ~ . \ 2 X—2 y-3 z-1 _,
Cau 61. Trong khong gian v6i hé toa d§ Oxyz, cho hai duong thang A: > =2 Va
d :XT_lziZ:ZTH. Khoéang cach gifta hai duwong thang A va d bang:
45 V5
A. 5. B. 3. C. —=. D. —.
N 5
X=1-t X =2t
Cau 62. Trong khong gian véi hé toa d6 Oxyz, cho hai duwong thang d:{y=t va d':{y=—1+t.
z=—1 z=t
Khoang cach gifta hai duong thang d va d' la:
1 1
A. 14, B. —. C. V7. D. —.
iz 77

Cau 63. Trong khong gian voi hé toa dd Oxyz, cho cac diém A(L11), B(2-13), C(-L-1-2) va
D(-35-3). Tinh khoang cach gitta hai duong thang AB va CD.

A B B. 2 c. 10 D. > .
V113 113 113 V113

Cau 64. Trong khong gian v6i hé toa d0 Oxyz, cho cac diém A(0;0;2), B(L0,0), C(220) va
D(0;m;0). Diéu kién can va du ctia m dé khoang cach gifta hai duong thang AB va cD
bang 2 la:

A. . B. . C. D.

m=—2 m=2 m=2" m=-2"

Cau 65. Trong khong gian véi hé toa dd Oxyz, cho hai duong thang Tan lwot c6 phuong trinh 1a

X=142t X=3-t
d:jy=2 va d,:{y=4+t.Dd dai doan vudng géc chung ctia hai duwong thang d, va d,
bang:
A. 2J6. B. V6. C. 2V2. D. 4.
Cau 66. Trong khong gian véi hé toa d6 Oxyz, cho duong thang A:%:ilz:%l di qua diém
M (2;m;n). Khi d6 gia tri cia m, n lan luot la:
A. m=-2n=1 B. m=2n=-1 C.m=-4n=7 D. m=0n=7
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X=-1+43t
Cau 67. Trong khong gian véi hé toa dd Oxyz, cho hai duong thang d,:{y=-t va
z=1-2t
d,: X_31: yIZ = 223. Vi tri twong d6i ctia d, va d, la:
A. Song song. B. Trung nhau. C. Cat nhau. D. Chéo nhau.
X=—-1+2t
Cau 68. Trong khong gian véi hé toa dd Oxyz, cho hai duong thang d,:{y=-t va
z=1+t
d,: X_21: yi'lz 2_12 . Vi tri tuong d6i cua d va d' la:
A. Song song. B. Trung nhau. C. Cét nhau. D. Chéo nhau.
A ~ . fs 1A ~ . \ 2 X-3 y—-2 z-1 _.
Ciau 69. Trong khong gian vdi hé toa d§ Oxyz, cho hai duong thang d,: =5 - va
X=1
d,:1y=2 .Vitri twong ddictia d va d' la:
z=2+t
A. Song song. B. Trung nhau. C. Cat nhau. D. Chéo nhau.
Cau 70. Trong khong gian voi hé toa do Oxyz, cho hai dwong théng d, :%:%:2;32 va
X=2t
d, :{y=-3—t. Ménh dé nao sau day dung:
z=0
A. d, song song d,. B.d, va d, chéo nhau.
C.d, cit d, va vudng géc véi nhau. D. d, vudng goc d, va khong cat nhau.
X=t
Cau 71. Trong khong gian voi hé toa d0 Oxyz, cho hai duong thang d :{y=-2+3t va
z=6-4t
d,: XZ4 = y;Z — Z¥> Meénh d& nao sau day dung:
A. d, song song d,. B.d, va d, chéo nhau.
C.d, cat d, va vudng gdc véi nhau. D. d, vudng géc d, va khong cat nhau.
X=—-1+2t
Cau 72. Trong khong gian v6i hé toa do Oxyz, cho duong théng dijy=—t . Trong cac dwong
z=-2—-t
thang sau, duwong thang nao vudng goc véi d ?
X =3t X=2
A.d:{y=1+t. B. d,:{y=2+t.
z=>5t z=1+t
C ds;x_zzlzz_l D. d, x+2_y _z+1
3 2 =5 2 -1 2
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X+2 'y z+1

Cau 73. Trong khong gian véi hé toa do Oxyz, cho duong thang d = . Trong cac
duong thang sau, duong thang nao song song véi d ?
X=2+3t x =3t
A.d:jy=2-t . B. d,:{y=1+t.
z=1+4t z="5t
C.o X2 y+3 z-1 D.g X ¥yl z-1
—4 2 -4 3 6
x=t
Cau 74. Trong khong gian véi hé toa dd Oxyz, cho duong thang d:{y=2 . Trong cic duong
z=2+t
thang sau, duong thang nao cat d?
A.dlzxf3=y72=271. B.dzzxflzyfzzzfs.
1 2 1 1 -1 1
X=2-t Xx=1+2t
C.d;:{y=1 . D.d,:{y=2
z=-t z=3+2t
x=1+at
Cau 75. Trong khong gian véi hé toa dd Oxyz, cho hai duong thang d:{y—-2+t va
z=-2t
d' :%: y__13 _ 212 i gid tri nao sau day cua a thi d va d' song song véi nhau?
A.a=0 B.a=1 C.a=-2 D. Khéng ton tai.
N ~ . LA A . \ 2 Xx=1 y-3 z+1 _.
Cau 76. . Trong khong gian voi hé toa dO Oxyz, cho hai duong thang d: T - -7 V@
X=n+2t
d,:{y=—1-2t. Vi gid tri nao ctia m, n thi hai duong thang d6 tring nhau?
z=3+mt
A. m=2 n=5. B. m=-2 n=5. C. m=5n=2. D. m=-5 n=2.

Ciu 77. Trong khong gian véi hé toa dd Oxyz, cho hai duong thang lan luot c6 phuong trinh

d:iy=t va d,:{y=2+2t. Vdi gid tri nao ctia a thi d, va d, cat nhau?
z=—-1+2t z=3-t
A.a=0. B. a=1. C. a:%. D. a=2.

Cau 78. Trong khong gian véi hé toa dd Oxyz, cho cho mit phang (P):x—2y+3z—1=0 va duong
X-1 y-2 z-3
=2 "=
A.Duong thang d cat mat phang (P).

thing d: . Khang dinh nao sau day dang;

B. Puong thing d song song véi mit phang (P).
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C. Duong thang d nam trong mit phang (P).
D. Puong thang d vudng géc véi mit phang (P).
X=1-t
Cau 79. Trong khong gian véi hé toa dd Oxyz, cho duong thang d:{y=2+t va mit phang
z=-—t
(a):x+y+2z-1=0. Vi tri trong d6i cta d va (a) la:

A.DPuong thing d cit mit phang ().

B. Duong thang d song song véi mit phang (a).

C. Duong thang d nam trong mit phang ().

D. Duong thang d vudng géc véi mit phang ().

WJD:y—2:Z+2.XaInﬁ
1 1 )

phéng (P):10x+2y+mz+11=0 véi m 1a tham s& thuc. Tim tat ca cic gia tri cia m d€ mat

Cau 80. Trong khong gian véi hé toa d0 Oxyz, cho duong thang A:

phang (P) vudng gbc véi duong thang A .
A . m=-2. B. m=2 C. m=-52. D. m=52.

Cau 81. Trong khong gian véi hé toa d0 Oxyz, cho mit phang (P):2x+y—z+3=0 va duong

X=2+mt
thang d:{y=n+3t . Véi gia tri nao ctia m, n thi d nam trong (P)?
z=1-2t
A.m:—é,n:G. B.m:E,n:G.
2 2
C.m=2 n=s. D. m=-2 n=6.
2 2

Cau 82. Trong khong gian véi hé toa dd Oxyz, cho mat phang (P):2x—2y+z-n=0 va duong

x=14+2t
thing d:{y=—1+t . Véi gia tri nao cua m, n thi d song song (P)?
z=3+(2m-1)t
mffE ms=—= m=— ms=—=
A1 2. B C. D. 2
n="7 n=7 n=7 n=7

Cau 83. Trong khong gian véi hé toa dd Oxyz, cho mat cau (S) ¢6 phuong trinh

X=-1+2t
(x+17 +(y—2f +(z-1f =4 va duong thang d:{y=2t . Trong cac khang dinh sau,
z=1
khéng dinh nao 1a dang nhat ?
A.d khong cat (S) B. d cat (S)
C. d 1a tiép tuyén cua (S) D. d cat (S) va di qua tim cua (S).
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Cau 84. Trong khong gian voi hé toa dd Oxyz, cho mét cau (S):(x+1) +(y—2)" +(z—1)° = 4. Dudng

thang nao sau day cat mat cau (S)?

2 1 3 1 -1 2
X=2-3t X=-243t
C.d,:{y=2t D. d,:jy=-2t
Z= z=-t
X=-3
Cau 85. Trong khong gian véi hé toa dd Oxyz, cho duong thang d:{y=2+2t va mit cau (S) c6 tam
z=3+t
| (L2,—2), di qua gbc toa d6 0. Trong cac khang dinh sau, khing dinh nao dting?
A. d 12 tiép tuyén ctia mét cau (). B. d cat (S) tai hai diém.
C. d va (S) khong cit nhau. D. d song song véi duong thang qua | va O.

Cau 86. Trong khong gian vdi hé toa dd Oxyz, cho mat cau (S):(x—17+(y+2)° +(z—-3/ =25 va
X=2+4t
duong thang d:{y=5+3t.
z=4+t

Khang dinh nao sau day la dang nhat:
A. (d) tiép xtic véi (S) tai M (-2;2;3). B. (d) va (S) khong cat nhau.
C. (d) cat (S) tai hai diém. D. (d) cét (S) va di qua tam cta (S).
FULL BAI GIANG CHUYEN PE OXYZ VA PAP AN THAY CO CO THE PANG KY

THAY TAI - 0977.413.341 ( MAIL: trantai.gvt@gmail.com )

CHUC CAC THAY CO VA CAC EM HOC SINH CO 1 NAM HOC THANH CONG NHU Y !
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MOT SO CAU HOI LUYEN TAP TONG HOP

Cau 1. Cho cac diém
M=(1;1;1), N=(2;O;—1), P=(—1;2;1). Xét diém Q sao cho MNPQ la mot hinh binh

hanh.Tim toa d0 cua Q .

A. (2,33) B. (2;-3;-3) C. (2;-3;3) D. (-2;3;3)

Céu 2. Cho hai diém
A=(211), B=(-1;2;1). Xét diém A d8i xtng cia A qua B.Tim toa dd cta A'.

A. (43;3) B. (4:-3:3) C. (3;4:-3) D. (—4;3;1)

Cau 3. Chon cau sai :

A. biém d6i xting cuia diém A = (2; 1;3) qua mat phéng Oyz la diém (—2; 1;3)
B. Diém ddi xtng cua diém A =(2;1;3) qua mit phang Oxy la diém (2:1;-3)

C. biém d6i xting cua diém A =(2; 1;3) qua gdc toa do O 1a diém (—2;—1;3)

D. Diém d6i xting ctia diém A =(2;1;3) qua mat phang Oxz la diém (2;-1;3)

Cau 4. Chon cau sai :
A.Diém d6i xting ctia diém B =(3;2;1) qua truc Ox la diém (3;-2;-1)

B. Diém ddi xting cua diém B =(3;2;1) qua truc Oy la diém (-3;2;-1)

C. Diém déi xting ctia diém B =(3;2;1) qua mt phang Oyz 1a diém (-3:2;1)

D. Diém d6i xting ctia diém B =(3;2;1) qua truc Oz la diém (-3;-2;-1)

Cau 5. Cho cac diém
A=(313;2), B= (7;29;4), C= (31;125;16) . Chon ciu dung:

A. A,B,C thang hang, B & gitta A va C

B. A,B,C thang hang, C ¢ giita A va B
C. A,B,C thang hang, A & gitta C va B
D. A,B,C khong th:fmg hang

Cau 6. Cho cac diém
A=(2:4;11), B=(3;2;0), C =(3;4;7). Chon ciu dung:
A. A,B,C thang hang, B & gitta A va C

B. A,B,C thang hang, C ¢ giita A va B
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C. A,B,C thang hang, A & gitta C va B

D. A,B,C khéng thang hang

Cau 7. Cho cac diém
A=(1;-10), B=(0;1;1). Goi H la hinh chiéu ctia gdc toa d0 O trén duong thang AB.
Chon cau dung;:

A.Diém A nam gifta H va B (vakhong trung véi H hoéc B ).

B. Diém B nam gitta H va A (va khong tring véi H hodc A ).

C.Diém H nam gitta A va B (vakhong trung véi A hodc B ).

D.Dbiém H trung véi A hodc B

Cau 8. Cho ba diém
A=(1;-1;1), B=(3;1;2), C=(-1;0;3). Xét diém C sao cho ti gidc ABCD la hinh thang

c6 2 canh ddy AB,CD va c6 goc tai C bang 45°. Chon khang dinh dtng trong bon
khéng dinh sau:

A. C=(345) B. C =(0;1;%j

C. C=(5;6;6)

D. Khong c6 diém C nhu thé€.

Cau 9. Cho hai diém
A=(342) va B=(-1;-2;2) . Xét diém C sao cho diém G =(1;1;2) la trong tdm cua
tam giac ABC . Chon cau dung

A. C=(1;1;2) B. C=(0;1;2)
C. C=(1;1;0) D. Khong cd diém C nhuw thé.
Cau 10. Cho ba diém

A=(0,0;0), B=(0;1;1), C=(1;0;1). Xét di€m D thudc mt phang Oxy sao cho ti dién
ABCD la mot tir dién déu. Tim toa do diém D

A. (1;0,0) B. (0;1;0) C. (;1;0) D. (0;0;1)

Cau 11. Chon hé toa do sao cho
bon dinh A,B,D,A cta hinh lap phwong ABCD.ABCD la A:(O;O;O), B:(I;O;O),
D =(0;1;0), A =(0;0;1). Tim toa d6 diém C

A. (1;0:1) B. (0:1:1) C. (1;1;0) D. (L:1:1)

Cau 12. Chon hé toa do sao cho
céc dinh A,B,A,C cua hinh 1ap phuwong ABCD.ABCD 1a A=(;0;0), B=(10;0),
A =(0;0;1), C =(1;1;1). Tim toa d6 ctia tdm hinh vuéng BCC'B .
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1 1 11 1
A. (=:1;1 B. (1;—:1 C. (I;=:;— D. (1;1;—
( 5 ) ( 5 ) ( 5 2) ( 2)
Cau 13. Tap hop cac diém co toa

do (x,y,z) sao cho |x| <1, y| <1, z| < la tap hop cac diém trong cia mot khoi da dién (
161). Tinh thé tich cua khoi dé.
Al B.2 C.6 D. 8

Ciu 14. Chon hé toa do sao cho
hinh 1ap phuong ABCD.ABCD c6 A=(0;0;0), C=(2;2;0) va tdm [ cua hinh lap
phuong c6 toa do (1;1;1). Tim toa d6 cua dinh B

A. (2;0;2) B. (0;-2;2)
C. (2;0;2) hodc (0;2;2) D. (2;2;0)
Céu 15. Cho mit phang (P) c6
phuong trinh £+%+£—2 =0, abc#0, xét difm M =(a,b,c) . Chon cau dung.
a ¢

A. Mt phang (P) di qua diém M
B. M4t phéng (P) di qua trung diém ctia doan OM

C. Mit phang (P) di qua hinh chiéu ctia M trén truc Ox

)
)

D. Mit phang (P) di qua hinh chiéu ctia M trén mit phang Ozx

Céu 16. Tinh khoang céach tw
diém (1;2;3) dén mat phéng di qua ba diém (1;0;0), (1;2;0), (0;3;0)

Al B.2 C.3 D.6

Cau 17. Viét phuong trinh mat
phang di qua diém A = (1;1;1) vudng gbc v6i hai mét phang x+y-z=2 ,x—y+z=1

A x+y+z=3 B. y+z=2 C.z+x=2 D.2y-z-x=0

Cau 18. Xét mit phing (P) c6
phuong trinh £+%+£:1 (a,b,c la ba s6 cho tredc khac 0) va diém A :(%;g;%j.

a c

Chon cau dung.
A.Diém A thudc mit phing (P)

B. (P) la mét phang trung tryc ctia doan OA (O la gdc toa do)
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C. A va O ¢ vé cung mot phia ddi v6i (P)

D. A va O khac phia d&i v6i (P) nhung khong cach déu (P) .

Cau 19. Xét mat phfmg (P) co
phuong tr‘mh§+%+§ =1(a,b,c laba sd cho tredc khac 0) va diém A = (%;%;0} . Chon

cau dung.
A.Diém A thudc mit phang (P)

B. (P) 1a m4t phang trung truc ctia doan OA (O 1a gdc toa do)
C. A va O 6 vé cung mot phia ddi véi (P)
D. A va O khac phia d6i vdi (P) nhung khong cach déu (P) .

Cau 20. Xét khoi chép ti giac
S.ABCD, S =(1;2;-3), ABCD la hinh binh hanh ¢6 AB=b , AD=c, BAD =30" , d4y
ABCD nam trong mat phang c6 phuong trinh 2x—y+2z-3=0. Tinh thé tich khéi

chép S.ABCD
LE g, be c b2 D. be
2 2 2
Cau 21. Tinh khoang céach t
diém A =(0;0;1) d@&n duong thang d cé phuong trinh x =y =1
A1 B.2 C.\2 D.\3
Cau 22. Tinh khoadng cach tw
diém A = (1;0;0) d&n duong thang d cé phuong trinh x=y=1-z
A1l 2 2
B. \2
Céu 23. Tinh khodng cach tt
, +y=1
digm A =(0;0;1) dén duong thing d xéc dinh boi {x Y
zZ=
A2 C. V6 -
2
B.\3
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Cau 24. Cho duong thang d c6
phuong trinh x =y = x va dwong thang d xéac dinh boi {jj y=1 . Chon ciu dang

A. d va d trung nhau B. d va d vudng gbc

C. d va d chéonhau D. d va d song song

Cau 25. Xét duwong thang d xac
dinh boi {j:ly va duong thang d xac dinh boi {::ijl Tinh khoadng cach gitta hai
duong thang do.

A1 B. 2 C.\3 D.2

Cau 26. Xét duwong thang d xac
dinh boi {z :1)] va duong thang d xac dinh boi {j:__f Tinh khoang cach gitra hai
duong thang do.

A1 B. 2 C.\3 D.2

Cau 27. 7 7 Tinh khoang cach gitra
duwong thang x =y =0 vdi duong thang x=y =1

A1 B. \2 C.\3 D.2

Cau 28. Xét duong théng d cb
phuong trinh x=y=x va duwong thang d xac dinh boi {:jy =1 . Tinh khoang cach
gitta hai duwong thang do.

A.% B.1 C. V6 D. %

Cau 29. Xét dwong thang d cb

phuong trinh x=y=x va duong thing d c6 phuong trinh x=y-1=z+1. Tinh
khoang cach gitta hai duong thang d6.

A1 B. 2 C.\3 D.2

Cau 30. Goi cac hinh chiéu cua
duong thang ¢ phuong trinh x =y =z trén mit phang Oyz 1a duong thang d va trén
mat phang Ozx la dwong thang d'. Tinh s6 do d6 ctia goc gifta hai duong thang d va
d

A. 30 B. 45° C. 60° D. 90
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Cau 31. Cho duong thang d

x+y=1 :
va mit phang (P) c6 phuong trinh x—y+z-2=0 . Chon ciu
X—z=

xac dinh boi {

dung
A. d ndm trong (P)

B. d song song véi (P)
C. d cat (P) tai mot diém nhung khong vudng géc véi (P)
D. d vudng goc véi (P)

Cau 32. Cho duong thang d xac
dinh boi x =y =z va mit phing (P) c6 phuong trinh x-2y+z-1=0 . Chon cau ding

A. d ndm trong (P)

B. d song song véi (P)

C. d cat (P) tai mot diém nhung khong vudng géc véi (P)
D. d vudng goc véi (P)

Cau 33. Cho duong thang d xac
dinh bdi x=—y=z-1 va mat ph:fmg (P) c6 phwong trinh 2x+y—-z+1=0 . Chon cau
dung

A. d ndm trong (P)

B. d song song véi (P)
C. d cit (P) tai mdt diém nhung khong vudng goc véi (P)
D. d vuéng goc véi (P)

Cau 34. Xét mit phang (P) c6

phuong trinh 2o (a,b,c 1a ba s8 cho trueéc khac 0) va duong thang d xac

a b c
dinh bdi ax = by = ¢z. Chon cau dung
A. d ndm trong (P)

B. d song song véi (P)

C. d cét (P) tai mot diém nhung khong vudng goc véi (P)
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D. d vuéng goc véi (P)

Cau 35. Cho hinh lap phuong
ABCD.A'B'C'D'. Xét trung diém P cta canh BB va trung diém Q cua canh AD .
Tinh s8 do d6 ctia gbc giita hai duong thang AC' va PQ

A. 60 B. 45° C. 30 D. 90°

Cau 36. Cho hinh lap phuong
ABCD.A'B'C'D'. Xét trung diém Q ctia canh AD . Tim diém P thudc duong thang
BB sao cho hai duong thang AC', PQ vudng goc.

A.Diém B B. Diém B
C. Trung di€ém BB D.C6 2 diém P
Ciu 37. Cho mit phang (P) c6

phuong trinh 13x—y+3z-13=0 va hai diem A= (5;3;7), B= (—2;4;2) . Chon cau duang.
A.Duong thang AB nam trong (P)

B. Duong thang AB song song vdi(P)
C. buong théng AB cét (P) tai moOt diém nam trong doan théng AB

D. Duong thang AB cat (P) tai mot diém nam ngoai doan thang AB

Cau 38. Tim toa d0 hinh chiéu
cta diém A =(1;2;3) trén mit phéang c6 phuong trinh x+y+z-3=0

A. (1;2;0) B. (;1;-2) C. (2;1,0) D. (0;1;2)

Cau 39. Cho diém J = (2; 1;1) va
mat phang (P) c6 phuong trinh x+y—z+1=0 . Tim toa d9 cta diém J d6i xting voéi
J qua (P)

A. (21;3) B. (0;-1;3) C. (3;2;0) D. (-3;1;0)

Cau 40. Xét giao tuyén d cua

hai mat phang c6 phuwong trinh theo thit tw 1a 2x—y+z+1=0, x+y-z-2=0 . Tim 8
do do cua goc gitta d va truc Oz .

A0 B. 30° C. 45 D. 60°
Cau 41. Tim s6 do dd caa goc
2 = B = 0
gitta duong thang { Y va dwong thang g
z= y=z
A. 90 B. 30° C. 45 D. 60°
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Cau 42. Cho duong thang d di
qua hai diém (1;0;0) Vé(O;l;l) va duong théng d di qua hai diém (0;0;1) va (1;1;0).

Tinh cosin ctia géc ( gom gitta 0 va % ) gitta d va d

AL B. 0 c ! D.1
2 3
Cau 43. Cho duong thang d c6
' : =0
phuong trinh x =y =z va mit phang (P) chta hai duong thing song song {x .
y+z=
\ x = 1 4 . ? 14 .~ \
va { . Tinh sin cta goc gitta d va (P).
y+z=1
1 2 2 1
A — B. — C. — D. —
V3 J6 V3 J6

Cau 44. Xét giao tuyén d cua
hai mat phang c6 phuong trinh 2x—y+z-1=0 va x—y—z+1=0. Viét phuong trinh
hinh chiéu vudng géc ctia d trén mat phang Oxy

A.z=0,2x-3y=0 B. 3x-2y=0

C.3x-2y=0 z=0 D.z=0,3x+2y=0

Cau 45. Cho tir dién ABCD . Goi
M la trung diém cta AB, N la trung diém ctaCD . Véi k 1a s6 cho trude, xét diém P,
diém Q sao cho AP =kAD , BQ=kBC . Goi I la trung diém cta PQ. D& chiing minh
I thudc duong thang MN va xét xem cé phai IM =kIN , hay chi rd chd sai trong cac
budc chirtng minh tuan tw sau:

A. 0 la diém tuy y thi AP=kAD<OP=(1-k)OA+kOD , tuong tu

BQ=kBC < 00 =(1-k)OB+kOC

W+O—Q_( @+@+k%+0_ﬁ

2 2

B 1-k)
C. Ol =(1-k)OM +kON

D. IM =kIN .
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Céu 46. Tim duong thang cat va
: x=-1 x=1
vuong goc voi hai duong thang xac dinh boi va
y+z=0 y—=2z=0
A. Truc Ox
B. Truc Oy
C. Truc Oz

D. Duong thang x=y =z

Céiu 47. cho dwong thing d co

phuong tr‘mhx—I:%:z va duong thing d c6 phuong trinh tham s§ x=t1,

y=-2t+2, z=t—1, chon cau dung:

A. C6 dting mot dwong thang cat va vuong goc véica d va d

B. Khong cé mot duong thang nao cat va vuong goc véica d va d

C. C6 v6 58 duong thang cat va vudng géc véica d va d

D. C6 dung hai duong thang cat va vudng géc véica d va d

Cau 48. Cho hai duong thing

\ ' 4 . 2 . z= 0 \ z= 0 ~ 4
dva d xac dinh boi va . Chon cau dung;:
x=y+1=0 x=y—-1=0

A. C6 ding mot duong thang cat va vudng goc véica d va d

B. Khong c6 mot duong thang nao cat va vudng gdéc véi ca d va d

C. C6 v6 s8 duong thang cat va vudng géc véica d va d

D. Cé dung hai duong thang cat va vudng goc véica d va d

Céu 49. Cho hai duong thang
, =0 =1 .
d,d xac dinh boi : va . Tim duong thang cat svaf vudng goc vdi ca
x+y=2 x-y=0
dvad
x=0 x=0 x=1 x=1
A. B. C. D.
y=0 y=z y=1 y=z
Céu 50. Chon cau dang

A. Quy tich cac diém cach déu hai truc Ox,0y la mot mat phéng
B. Quy tich cac diém cach déu hai truc Ox,0y 1a mot duwong thang

C. Quy tich cac diém céch déu hai truc Ox,Oy 1a hai duong thang
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D. Quy tich cac diém cach déu hai truc Ox,0y 1a hai mit phang
Céu 51. Cho hai dwong thang d
, -1=0 1=0
vad xdcdinhboi {* T valll
z=0 z=0
Chon cau dang
A. Quy tich cac diém cach déu hai duong thang d6 1a mot mat phang
B. Quy tich cac diém cach déu hai dueong thing d6 1a mot duong thang
C. Quy tich cac diém cach déu hai duong thang &6 1a hai duwong thang

D. Quy tich cac diém cach déu hai duong thang d6 1a hai mat phang

Ciu 52. Cho hai duong thang d
va d c6 phuong trinh {ij 01 va {:_:10 . Tim quy tich cdc diém trong mit phang Oxy
cach déu hai duong thang dé.

A. Duong thang {Z =0 B. Cap duong thang {Z =0 va {Z =0

A=Y X = X=-y

C. biém gdc toa d6 O D. Mat phang Oxy

Cau 53. Chon cau dang:

A. Quy tich cac diém cach déu ba mat phéng toa d¢ la mot tia (ttrc nira duong théng)
B. Quy tich cac diém cach déu ba mat phang toa d6 1a mot dwong thang
C. Quy tich cac diém cach déu ba mit phang toa d6 la bon duong thang
D. Quy tich cac diém cach déu ba mat phang toa d6 1a tim duong thang

Cau 54. Chon cau dung:
A. Quy tich cac diém cach déu ba truc toa d0 Ox,0y,0z la mét tia (téec nira duong théng)

B. Quy tich cac diém cach déu ba truc toa dd Ox,0y,0z 1a mot duong théng
C. Quy tich cac diém cach déu ba truc toa d¢0 Ox,0y,0z la bon duong théng
D. Quy tich cac diém cach déu ba truc toa dd Ox,0y,0:z 1a tam duwong thang

Cau 55. Xét mat cau c6 phuong
trinh x? +y? + 2> —4x-8y—2z-10=0 . Chon khang dinh ding trong bon khing dinh sau:

A.Gbctoadd 0= (0; O;O) nam trén mit cau
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B. G8c toa dd O =(0;0;0) ndm bén trong mit cau nhung khong phai la tim mat cau
C. Goc toa do 0=(0;0;0) la tam ctia méat cau
D. GOc toa dd O = (O; O;O) nam bén ngoai mat cau

CAu 56. Cho mat cau () <o
phuong trinh x° +y’ +2z*—2x-4y+2z+2=0 va cho mat phéng (P) ¢6 phuwong trinh
2x+y—2z-3=0 .Chon khzfmg dinh dang trong cac khzfmg dinh sau:

A. Giao cuaa (S va (P ) la mot doan thzfmg c6 hai mut phan biét.

B. Giao ctaa (S) va (P) la mot diém

)
C. Giao cua (S) va (P la tap rong
) va (

( )
D. Giao cua () va (P) la mot duong tron.

Cau 57. Cho mit cau (S) <o
phuong trinh x> +y” +z° —2x+4y—4z+5=0 va cho mat phang (P) xac dinh boi z=4
Chon cau dung

A. Giao cuaa (S ) va (P ) la mot doan thzfmg c6 hai mut phan biét.

B. Giao ctaa (S) va (P) la mot diém
) va (P) la tap rong
(

C.Giaocta (S

(
D. Giao cua () va (P) la mot duong tron.

CAu 58. Cho mit cau (S) <o
phuwong trinh x* +y® + 2> —4x -2y +4z=0. Viét phwong trinh mat phang tiép xtic véi mat
cau tai diém M =(1;-1;0)

A. x+y=0 B. 2x+y-1=0
C.x-2y-3=0 D. x+2y-2z+1=0
Cau 59. Cho mét cau cé phuong

trinh x* +y>+2° —4x-2y+4z=0 vadiém A= (ﬁ;ﬁ;—l) . Chon ciu dang
A. Qua difm A c6 duong thang khong cat mit cau tai diém nao va cé duong thang cat mat
cau tai dung mot diém.
B. Qua diém A moi duong thang déu c6 diém chung véi mat cau va néu c6 hai diém chung

phan biét thi mot trong hai diém déla A
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C. Qua diém A moi duwong thang déu cat mat ciu tai hai diém phan biét khac A nhung A

khong phai la tdam mat cau.

D. A la tam ctia mat cau.

Cau 60. Cho mit phéng (P) c6
phuong trinh x—1=0 va m4t phang (P) ¢ phuong trinh y—1=0. X4c dinh quy tich
tdm cdc mit cau tiép xuc véi (P), tiép xtc v6i (P)

A. Quy tich 1a mat phang cé phuong trinh x =y

B. Quy tich 1a m4t phang cé phuong trinh x+y-2=0

C. Quy tich la hai mit phing c6 phrong trinh x=y va x+y-2=0

D. Quy tich 1a hai mat phang c6 phuong trinh x =y va x+y-2=0trwe

duong thang x=y=1

Cau 61. Cho mit phéng (P) c6
phuong trinh x+y-2z-6=0 va mat phang (P) c6 phuwong trinh —x—y+2z+2=0 .
Xéc dinh quy tich tAm cdc mit cau tiép xtc v6i (P)va tiép xuc véi (P)

A. Quy tich 1a mat phang c6 phuong trinh x+y-2z-8=0

B. Quy tich 1a m4t phang cé phuong trinh x+y—2z+8=0

C. Quy tich 1a hai mat phang c6 phuong trinh x+y—2z =8

D. Quy tich la mat phang c6 phuong trinh x+y—2z-4=0

Cau 62. Tim toa d0 tam mat cau
di qua cac diém O=(O;O;O), A=(a;0;0), B=(O;b;0), C=(O;0;c) , (a,b,c 1a ba s6 cho

trudc, abe #0 )
A. (—a;—b;—c) B. (a;b;c) C [ b, Ej D. ( j

272
Cau 63. Cho hai diém

A=(a;0;0), B=(0;6;0) (a,b 1a hai s8 cho trudc, ab#0 ). X4c dinh quy tich tdm cac
mat cau di qua A,B va gdctoa dd O = (0; 0;0)

b.
'3

Nla
L»|Q
ualr':

\ : [ g . 2o B. Métphéng Yo
A. Duong thang xac dinh boi ya b a b
z=0 .
x = —
C. Diém (ﬁ b, 0) D. Pudng thing xéc dinh boi Z
2 2 y=—
2
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Cau 64. Xét hai diém A = (a;O;O)
B= (O;a;O) (a 1a s6 cho trudc, a#0). Tim toa do tdm cua mat cau di qua A, B, gdc toa
dd6 0=(0;0;0) va tiép xtic véi mit phang (P) ¢ phuong trinh x+y—2a=0

A. (a;a;O) B. (a;a;-1)

C. (a;a;l) D.
120
2

Cau 65. Tim toa dd tam ctia mat
cau di qua cac dinh cua t& dién OABC , trong d6 O :(O;O;O), A= (1;0;1) , B =(0;1;1) ,

C:(l;l;O)
J D (1.1.1}
27374

333 222

Cau 66. Cho mat cau (S) co

(SR AN

N
7\
NG
PN
-lkvl —_

phuwong trinh  x*+y’+z°-2x=0 va mit cau (S) c6 phuwong trinh
x*+y* +2 =2x+2=0.Ki hiéu 7 1a tam ctia (S), I 1a tdm ctia (S'). Chon céu diing

A. I ndm bén ngoai mat cau (')

C. Duong thang II' vudng goc véi mit

phang c6 phuong trinh z =1

B. I' ndm bén ngoai mit cau (S)

D. Khoang cach II' bang 2
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GOI Y - HUONG DAN GIAI - PAP AN

Goi i — huéng dan gidi

Cau 5. AC=(28;112;14) , AB=(4;16;2). Ta thdy AC=7AB nén B & giita A va C. Ta khong
nén giai bai toan bang cach viét phuong trinh duong thang AB 16i thit xem toa d6 ctia C ¢6
thoa man phuwong trinh d6 khong. Vi qua dai va r6i con phai xem xét c6 phai B ¢ gitta A va
C hay khong.

Cau 6. AB=(1;-2;-11), AC =(1;0;,—4). D& thdy hai bd ba s& d6 khong ti 1& do toa d6 thtr 2 cua
AB khong triét tiéu nhw toa d¢ thir 2 ctia AC . Ciing khong can phai thir | AB,AC |#0 vi qua
dai.

Cau 7. Do OA , OB khong cling phuong va OA.OB <0 nén AOB tu ( vé hinh cling doan nhéan
duoc) do d6 chan dwong cao AH ctia tam giac AOB phai 0 gitta A va B . Cling c6 thé tim toa
dd ctia H (giao ctia duwong thang AB véi mat phang qua O vudng goéc véi AB, hay tim diém
H trén duong thang AB (viét phuong trinh tham s ctia duwong thang AB sao cho OH vudng
goéc AB ) nhung dai.

Cau 8. Vé hinh hoc ¢ thé thdy C ton tai va duy nhat : dé y rang AB=AD va AB,AD vudng
gbc nén diéu kién géc & C bang 45° kéo theo DC =2AB va suy ra A dung.

Cau 9. Néu c¢6 C d€ G la trong tam cta tam gidc ABC thi theo cong thirc tinh toa d trong tam
tam gidc ta phai suy ra C=(1;1;2) , nd tring véi G , v6 ly, Nhin lai thdy A,B va diém(1;1;2)
thang hang.

Cau 10. Dé thay canh cta tam giac ABC bawgf J2 nén diém D:(a, b,O) phai thoa man
@ +(b=1) +1=0, (a=1) +b*+1=0, a*+b*=2 .Dod6 a=b=1.

Cau 14. A" d&i xtmg véi C qua I nén A =(0;0;2) , dudong thang AA" trung véi Oz , cic mit
phang ctia cic bén chtta AA phai la cdc mat phang toa d6 Ozx, Oyz , suy ra chon C.

Cau 15. Hinh chiéu ctia M trén mat phang zx c6 toa do (4:0;¢) thoa man phuwong trinh da cho
Cau 18. D& y rang OA cat (P) tai trong tdm ctia tam gidc tao boi céc giao diém cua (P) véi ba
truc toa do.

Cau 20. D€'y dién tich hinh binh hanh la bcsin30°
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Caau. Duong thang d di qua diém H =(1;1;0) song song vOi Oz nén khoang cich can tim

béng OH . Hogc tim diém I trén duong thing da cho. 1 =(1;1;¢) sao cho Al =(1;1;¢-1) vudng
g6c voi véc to chi phuongf (0;0;1) , suy ra =1 nén I =(1;1;1) ; cach nay dai hon.
Cau 22. d di qua diém B =(0;0;1) , diém C =(1; 1;0) , tam giac ABC vudng tai A , AB -2 ,

J2

AC =1 nén duong cao AH =—

V3

Cau 23. Khoang cach d6 bing duong cao ctia tam gidc déu canh bang 2
Cau 25. Hai duong thang d,d song song
Cau 26. Doan thang ndi (O; 0; 1) v6i (O; 0;—1) la dudng vudng goc chung cta d,d
Cau 28. Mt phang chita d va song song véi d c6 phuwong trinh x+y—2z=0 , khoang céach tir
diém (1;0;0) dén mit phing d6 bang L

J6
Ciu 29. d va d song song, doan ndi diém (0;0;0) véi diém (0;1;-1)1a mdt duong vudng goc
chung ctia d va d

A A A = T aa \ 1 1 < 2 DA 11

Cau 35. Chon hé toa d6 (A,AB,AD,AA ) thi P :(1;0;5j , Q:(O;E;lj T d6 PO :(—1;5;5J
con AC = (1;1;1) nén P—QE =0
Cau 36. Néu da giai bai toan 35 trén thi chon ngay C. Néu khong, van xét hé toa d0 nhu trng
bai 35, goi toa dd ctia diém P trén duong thang BB la P =(1;0;7) thi PO :[—1;%,1 —t} . N6
vuong goc voi AC = (1;1;1) khi va chi khi PO.AC =0 tircla —1+%+1—t =0 ,suyra t:% .
Ciing c6 thé viét phwong trinh mit phang qua Q vudng goéc véi duong thing AC la
x+y—%+z—1 =0 thi P la giao cia mit phang d6 véi duong thing BB nén trong phuong
trinh d6 chi cdn cho x=1, y=0 vasuy ra z=%
Cau 37. n=(13;-1;3) 1a mot véc to phap tuyén ctia (P) , I la mot diém tiy y ctia (P) thi gia tri
ctia vé tréi ctia phuong trinh ctia (P) tai A va tai B theo thit tw 1a nJA >0, nB <0 nén géc

gifta cac huéng ctia n v6i IA 12 nhon (k& ca g6c 0), voi IB 1a tir (k& ca goc bet), suy ra hai diém
A,B & khac phia d6ivoi (P) .
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38. Tht xem trong bon diém da cho toa do, diém nao co6 toa dd théa man phuong trinh mat

phéng da cho, néu cd hay thir xem véc to ndi A véi diém d6 co cac toa do ti 1é voi (1;1;1) (véc
to phap tuyén ctia mat phang ) khong. Loai ngay B r6i thdy ngay D thoa man. Ciing c6 thé
tim tao d6 hinh chiéu : giao ctia hai mat phang da cho véi duong thang di qua A vuoéng goc
véi mat phang d6 (n6 ¢6 phuong trinh tham s6 x =147, y=2+t, z=3+1)

Cau 39. Thit xem trung diém cta JJ' ¢ toa d6 théa man phuong trinh mit phang khong va
thit xem toa d0 cta JJ coti l1é voi (1; 1;—1) hay khong.

Cling c6 thé viét J :(x;y;z) va dién ta bf?mg toa do hai diéu kién : JJ° c6 toa dd ti 1é véi

(1;1;-1) , trung di€ém JJ thudc (P) roi giai hé hai phuong trinh do.

Cau 40. Tich véc to ctia n = (2;-1;1) véi n = (1;1;—1) 1a véc to (0;3;3) nén c6 thé chon mot véc to

chi phuong ctia d la u=(0;1;1) . Tir d6 géc giita d va truc Oz bang 45°

Cau 43. (P) di qua cac diém (0; 0;1) , (O; 1;0) , (1; 1;0) nén c6 mot véc to phap tuyén la (0;1;1) (
co6 thé dung hinh vé d€ thay nhanh chong diéu nay)

Cau 44. Khtr z gitta hai phuong trinh d6 (chang han thay z=-2x+y+1 tit phuong trinh tht
nhét vao phuong trinh thit 2) thi dugce 3x -2y = : d6 la phuong trinh mit phang chita d vudng
gbéc vOi Oxy . Cach khac: dat x =2r thi tir hai phwong trinh da cho tinh dwgc y=3r , z=1-¢
tirc 1a d c6 phuong trinh chinh tac %: % = Z_—_ll ; tt @6 mat phang chtta d vuodng géc véi Oxy
c6 phuong trinh %z%

Cau 45. Chi sai buéc D khi k¢ khac 0, vi tir dang thtic 6 cau C , thay O bang M suy ra
MI =kMN .

Cau 46. D&y rang hai duong thang da cho 1a hai duong thang khong song song nam trong hai

mit phang song song véi mit phang Oyz , cing cat truc OX

Cau 47. D& y rang d,d la hai duong thang khac nhau, cit nhau tai diém (1;0;0) va khong
vuong goc voi nhau.

Cau48. Déy rang d va d la hai duong thang song song (nam trong mat phang Oxy )

Cau 49. d nam trong Oxy, d song song véi Oxy, d va d khong cing phwong nhung cung cat
truc Oz.

Cau 50. Néu hinh chiéu ctia diém M trén mit phang Oxyla P thi M cach déu hai truc Ox ,

Oy ciling co nghiala P cach déu hai truc do.
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Cfing c6 thé tinh toan hon : khoang cach tir diém M —(x;y;z) dén truc Ox bing +/y* +2* va

dén truc Oy bang Vx* +2°

Cau 51. D&y rang d va d song song.

Cau 52. Véi diém M = (x; y;O), xét hinh chiéu ctia né trén truc Ox thi dé thay khaongr cach tir
M d&n d bing \1+)* va xét hinh chidu ctia M trén trucOy thi thay khoang cach tir M dén
d béang Ji+27 suy ra M thudc quy tich khi va chi khix* =y* , z=0

Cau 55. Do —10 <0 nén d6 la phuong trinh mdt cdu va O nam bén trong mét cau.

Ciu 56. Tam ctia méat cau la /=(1;2;-1) , ban kinh bang 2, khoang cach tit / dé&n mit phang
béng 1.

Cau 58. M4t cau ¢ tam [ =(2;1;-2) , mdt phang can tim di qua M va c6 véc to phap tuyén
M =(~1;-2;2)

Cau 59. Gia tri cta v€ trai cia phuong trinh mat cau tai A 1a s6 am nén A ndm bén trong mat
cau

Cau 60. Diém (x;y;z) thudc quy tich khi va chi khi |x - 1| = |y - 1| =0

Ciu 61. Tam mat cau la (x,y,z) thi |x0 +y, —2z,—600 = |x0 +y, -2z, —2|| suy ra
2(x0 +¥, —220)—6—2=0

Cau 62. Mit cau d6 ngoai ti€p modt hinh hop chit nhat nhan O va diém (a,b,¢) lam hai dinh
doi dién.

CAu 63. Mit cau phai cat mat phang OAB theo duong tron duong kinh AB , dudng tron nay
nhan trung diém AB lam tam.

Cau 64. (P) la mit phang di qua difm C=(a;a;0) thudc mit cau, (P) cit vudng géc mit

phang OXY theo duong thang qua C vudng géc voéi duong thang OC , nén tdm I cla mit
cau phai thudc duong thang 0C

Cau 65. D€ y rang xét hinh lap phuong “ngoai tiép” t& dién déu da cho (khéi lap phuong tao
boi cdc di€m (x;y;z) , 0<x<1,0<y<1, 0<z<1) thi m§t cau phai la mit cau ngoai ti€p hinh
lap phuong d6. Hodc néu da biét trong tam ctia t dién déu cach déu cac dinh ctia né thi ciing

dé thay Hodc c6 thé viét diéu kién tam cach déu 4 dinh, ciing dé giai.
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Cau 66. 1 =(1;0;0) , I = (1;0;—%) nén thdy ngay C dung. Dé thay D sai, va do gid tri cua v&

trai moi phuong trinh mat cau tai tdm mat cau kia déu am nén A va B déu sai.

Dap dan
bap Mt Mtc bap Mt

Cau an do Cau | DBap an do Cau an do
1 D 2 23 D 3 45 D 4
2 D 2 24 2 46 A 3
3 C 2 25 D 2 47 A 3
4 D 2 26 D 3 48 C 3
5 A 3 27 B 1 49 C 3
6 D 2 28 D 3 50 D 3
7 C 3 29 B 3 51 A 3
8 A 4 30 C 2 52 B 4
9 D 3 31 D 2 53 C 3
10 C 3 32 B 2 54 C 3
11 D 2 33 A 2 55 B 1
12 C 2 34 D 2 56 D 3
13 D 2 35 D 3 57 B 3
14 C 4 36 C 4 58 D 3
15 D 3 37 C 3 59 C 3
16 C 2 38 D 3 60 D 4
17 B 2 39 B 3 61 D 3
18 D 3 40 C 3 62 C 3
19 C 2 41 D 2 63 D 4
20 B 3 42 C 3 64 D 4
21 C 3 43 B 3 65 B 3
22 D 3 44 C 3 66 C 3
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: PHUONG PHAP TOA PO TRONG KHONG GIAN
DANG 1. TOA PO CUA VEC TO VA TOA bO CUA MOT DIEM
Cau 1. Cho hai véc to 5(1;1; -2), 5(—2;1; 4) . Toa d0 cua véc to u=a-2b la

A. B. C. (5;-1,-10a). (-33

Cau 2. Cho hai diém M (2;3;1) , N(3;1;5) . Toa dd cta véc to MN 13
A. B. C. (-L2-4), (L,2;4
E.

Cau 3. Cho hai diém P(7;0;-3), Q(-12;5). Toa d0 trung diém ctia doan thang PQ la
A. B. C. (6;2;2) D. (311

Cau 4. Cho tam gidc ABC c6 ba dinh A(2;1;,-3) , B(4;2;1), C(3;0;5) va G(a;b;c) la trong tam

cua tam giac ABC . Gid trj ctia biéu thiec P =abc la

A. B. C. 3 D. 4
Cau 5. Cho ba diém A(513), B(L6;2), C(50;4) . Diém D théa man ABCD Ia hinh binh
hanh. Toa d6 diém D 1a

A. B. C. (L7:1) D. (9;-5

Cau 6. Hinh chiéu vudng goc ctia diém M (1;2;-4) trén truc Oz la diém o toa do

A. B. C. (0;2;,0) D. (1,0;0

Cau 7. Hinh chiéu vudng goc cua diém M (1;,2;-4) trén mat phang (Oxy) 1la diém co toa do

A. B. C. (L,2,-4) D. (0;2;-

Cau 8. Cho hai véc to 5(1;1; -3), B(—5; —1,0) . tich v hudng ctia hai véc to a,b co gia tri bz‘?mg
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A.

C. —6

D.

Céu 9. Cho hai véc to a(L;1,-3),b(—4;-2;6). Phat bi€u nao sau day sai?

A.b=-2a

C. anb

—

0

B. |5| - 2|5|

D. acfmg huwdng véi b

Cau 10. Cho hai vécto a= (-10;), B(X;—Z;l) .Néu ab=4 thi |5| o gid tri b:?mg

A.
B.

C.

D.
3

Cau 11. Cho hai véc to 5(—1; 32), B(X;O;l) . Gid tri cta x dé ab=0Ia

A.

B.

C. 0 D.

Cau 12. Cho hai véc to 5(1; 2;0), 5(—2; 5,4) . Phat biéu nao sau day la dung?

A.

B.

C. |§| < |6| D.

Cau 13. Cho hai véc to a(1;0;-3) , b(-1-2;0) . Gid tri cua cos(a,b) 1a

A.

B.

C. — D.

Cau 14. Cho hai véc to 5(0;—1;0) , 5(\@;1;0) . Goc gitra hai véc to a,b la

A.

B.

C. 30° D.

Cau 15. Cho hai véc to a(1;,0;-3), b(~L—2;0) . Tich c6 huéng cua hai véc to a va b 1a mot véc

to co toa dO
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A. B. C. (-6;3;,-2)D. (-6; -

Cau 16. Cho hai diém A(l;l;O) , B(2;—1;2) .biém M thudc truc Oz ma MA? + MB? nho nhat

co toa do la

A. B. C. (0;0,0) D. (0;0;-
Cau 17. Cho hai diém A(1;3;0) , B(0;-1-1) . Biém M thudc truc Oy ma cé toa do la
A. B. C. (0;1,0) D. (0;2;

Cau 18. Cho hai diém A(4;1,0) , B(2-12) . Bifm M thudc truc OXx ma MAMB nho nhat c6

toa do la

A. B. C. (0;0,0) D. (0;0;1

Cau 19. Hai dim M va M’ phan biét va d6i xtng véi nhau qua mit phang (Oxy) . Phat biéu

nao sau day la dang?

A. Hai diém M va M ¢6
cung hoanh d6 va tung do

B. Hai diéfm M va M c6
cung hoanh d6 va cao do

C. Hai difm M va M ¢6
cung tung do va cao do

D. Hai diéfm M va M c6

hoanh do d6i nhau
Cau 20. Cho ttt dién ABCD 6 A(L11), B(L21), C(LL2), D(2;21). S6 cac cip canh ddi ctia
t& dién vudng goc voi nhau la
A. B. C. 0 D. 1

Céu 21. Hai difm M va M phan biét va ddi xtng v4i nhau qua truc Oy . Phéat biéu nao sau

day la dung?
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A. Hai difm M va M’ ¢
cung hoanh do

B. Hai diéfm M va M’ ¢6
cung tung do

C. Hai diéfm M va M ¢6
cung cao do

D. Hai diéfm M va M c6

cung hoanh d6 va cao do

CAu 22. Cho hinh hop ABCD.ABCD' . Biét A(1,0;1), B(2,1;2) , D(L;-11) , C (4;5-5) . Toa do
cua dinh A la

A. B. C. (3;5,-6) D.

Céu 23. Cho hinh hop ABCD.ABCD . Biét A(1;,0;1) , B(212), D (1-11), C(4;5;-5) . Toa do
ctia dinh A la

A. B. C. (31_—3)'_)
2 2

Cau 24. Cho hai diém A(LL1) , B(43,-3) . biém M nam trén mit phang Oxy sao cho

|m+ m| nho nhat c6 toa d6 1a

A. B. C. (0;2;0) D.

DANG 2. PHUONG TRINH MAT PHANG
Cau 25. Cho mit phang (P):x—2y+3z+4=0 . Phat biéu nao sau day la dung?
A. nj =(L2;3) la mot véc
to phap tuyén cua mat phang (P)
B. n,—(1-2;3) 1a mot véc

to phap tuyén cua mat phang (P)
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C. n,=(134) la mot véc
to phap tuyén cua mat phang (P)
D. n,

(-2;3;4) la mot véc

to phap tuyén cua mat phang (P)
Cau 26. Cho mit phang (P):2x—4y+7=0 . Chon khang dinh dting?

A. Mit phéng (P)céd duy
nhét mot véc to phap tuyén, véc to do 1a n, (2;-4;0)

B. Mit phang (P) c6 v6 s
véc to phép tuyén, trong d6 c6 mot véc to la n, =(2;-4;7)

C. Mit phang (P) c6 v6 s
véc to phap tuyén, va nj =(2;-4;0) 1a mot véc to phap tuyén cua (P)

D. Mit phéng (P)céd duy

nhét mot véc to phap tuyén, véc to do 1a n, (2;-4;7)
Cau 27. Mit phang di qua diém A(L2;3) va c6 véc to phép tuyén n(3;-2;-1) c6 phuong trinh
la
A. 3x-2y-z-4=0 B. 3x-2y-z=0
C. 3x-2y-z+4=0 D. x+2y+3z+4=0

Cau 28. Mit phang di qua diém A(L2;3) va vudng géc véi OA c6 phuong trinh la

B. x+2y+3z+14=0

D. x+2y+3z2-14=0

X-2 y+2 7-3

Cau 29. Cho diém A(1;2;3) va duong thang d: .

. Phuong trinh mit phang

(P) di qua A va vudng gdc voi dwong thang d 1a

A. 2x-y+2-3=0 C. x+2y+3z-1=0
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B. 2x-y+z=0 D. x+2y+3z-7=0
Cau 30. Cho diém A(1;2;3). Phuong trinh mat phang (P) di qua A va chta truc Ox 1a
A. B. C. Xx-1=0 D. 3y .+
Cau 31. Cho diém A(L2;3) va mit phang (P):2x+y+2-3=0 Phuong trinh mit phing (Q)
di qua A song song véi mit phang (P) la
A. x+2y+3z-7=0 B. 2x+y+z+7=0
C. 2x+y+z=0 D. 2x+y+z-7=0
Cau 32. Cho hai mit phang (P):x—2y+2z-5=0, (Q):x+y+z-2=0
Phuong trinh mit phing di qua gc toa d6 va vudng géc véi hai mit phang (P) , (Q) la
A.4x+y+3z=0 B. 4x+y-3z=0
C. 4x-y+3z=0 D. 4x-y-3z=0

Cau 33. Cho ba diém A(0;12) , B(2;,-2;1) , C(-2;0;1) . Véc to nao sau day la mot véc to phap

tuyén ctia mit phang (P) chita OA va song song véi BC ?
A. B. C. n (-2 B n2 (L
Cau 34. Cho hai diém A(0;1;2) , B(2-2;1) va mat phang (P):x—2y+2z-5=0 . Véc to nao

sau day 1a mot véc to phdp tuyén ctia mat phiang (Q) chita AB va vudng goc voi mit phang

(P)

A. B. C. n, (-8, 54 n, (8;

Cau 35. Phuong trinh nao sau day la phuong trinh cia mét phang song song véi truc Oz
A.x-y=0 B. 3x—-4y+z=0

C. 3y+z-2=0 D. 3y+1=0
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Chu 36. Cho ba diém A(0;1,2) , B(2;-2;1) , C(~2;0;1) . Phuong trinh mit phing di qua A va

vuong goc voi BC la

A.2x—y+1=0 B. -y+2z-3=0
C. y+2z-5=0 D. 2x—-y-1=0
Cau 37. Cho hai diém A(l;2;3) , B(3; 4;7) . Phrong trinh mat ph:fmg trung truc cua AB la
A.x+y+2z2-9=0 B. x+y+2z+9=0
C. x+y+2z=0 D. x+y+2z-15=0

Cau 38. Cho hai diém A(12;3) , B(-2;1;5). Véc to nao sau day la mdt véc to phap tuyén cua
mat phang (OAB) ?

A. B. C. n(7;8;5) D. n(-3;

Cau 39. Phuong trinh mat phang chta truc Ox va vudng géc véi mat phang x—2y—-z+7=0 la
A.y+2z=0 B. y-2z=0
C. x-2y-z=0 D.y-z=0

Cau 40. Cho diém A(12;3) va hai duong thing

_x—2_y+2_z—3.d x=1 y-1 z+1
; = = ; dy = =

d,
2 1 1 -1 2 1

Mit phang (P) di qua A song song véi d,,d, cé phuong trinh la
A.x—-y-z+4=0 B. x+y+z-6=0
C. x+y-z=0 D. x—-y+z-2=0

Cau 41. Cho mit phang (P):x+2=0 . Phat biéu nao sau day la dung?
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A. Mit phang (P) song
song v6i mat phang (Oxy)

B. Mit phang (P) song
song v6i mat phang (Oyz)

C. Mit phang (P) song
song v6i mat phang (Oxz)

D. Mit phang (P) song

song vai truc OX

Cau 42. Cho mit phang (P):x—y+2=0 .Phat biéu nao sau day la ding?
A. Mit phang (P) song
song vai truc Oz
B. Mot trong cac véc to
phép tuyén caa (P) la n(4-1;0)
C. Mit phang (P) song
song v6i mat phang (Oxy)
D. Mit phéng (P)di qua
diém A(0;2;0)
Cau 43. Mit phang (Oxy)c6 phuong trinh 1a

A. B. C. x=0 D. z=0

Cau 44. Mt phang (P) di qua diém A(3;2;3) va song song véi mit phang (Oxy)cé phuong
trinh

A. z-3=0

C. D.

Cau 45. Cho mit phing (P):2x+y-2z+10=0. Mit phdng nao sau day song song véi mit
phéng (P).
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A.2x+y—-2z+5=0 B. x+z=0

C. x-2=0 D. 2y+z-7=0
Cau 46. Cho mit phang (P):2x+y—-2z+10=0 . M4t phing nao sau day vudéng gdc voi mit
phéng (P).

A.2x+y-2z2+5=0 B. x+z=0

C. x-2=0 D. 2y+z-7=0
Cau 47. Mt phang (P):x+my+3z+2=0 va mat phang (Q):nx+y+z+7=0 song song véi

nhau khi

A. B. C. m=3,n=

Cau 48. M4t phing (P):x+my+4z+2=0 va mat phang (Q):mx+Yy+z+7=0 vudng goc véi
nhau khi

A.

Cau 49. Cho diém A(-2;2;1) va hai mat phang (P):2x+4y-62-5=0, (Q):x+2y-3z=0.
Phat biéu nao sau day la dung?
A. Mit phang (Q) di qua
A va song song vdi (P)
B. Mit phing (Q) khong
di qua A va song song v6i (P)
C. Mit phang (Q) di qua
A va khong song song voi (P)
D. Mit phang (Q) khong
di qua A va khong song song véi (P)
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Cau 50. Cho mit phing (P):2x—y+3z-4=0 . Mat phang (Q) song song véi mit phing
(P)va cit tia Ox tai diém A sao cho OA=1 . Phuong trinh mit phang (Q) la

A.2x—y+3z+7=0 B. 2x-y+3z-2=0
C. x-2y-z-7=0 D. x-2y-z+2=0

C4u 51. Cho ba diém A(l; O;O) , B(O;—l;O) ,C (0;0;5) . Phrong trinh mat phéng (ABC) la
A. B. C. x—y+é:[1' X=y

Cau 52. Cho mit phang (P):2x+2y-z+10=0 . Phuong trinh m4t phang (P) theo doan chan

la
Lo B X Y, 2.
-5 -5 10 2 2 -1
i{.l{.iz D £+1+L:O
-5 -5 10 2 2 -

Cau 53. Cho ba diém A(10;0) , B(0;2;0) , C(0;0;3) . Phuong trinh nao sau day khéng phai la

phuong trinh mit phéng (ABC)
y B. 6x+3y+2z-6=0

A.x+—+£:1
2 3
D. 6x+3y+2z+1=0

C. 18x+9y+6z-18=0
Cau 54. Cho diém M (2;-3;1) . Goi H,K,T lan lwot 1a hinh chiéu vudng géc ctia diém M trén

cac truc toa d6 Ox,0y, Oz . Phuong trinh mét phang (HKT) 1a

A.§+l+£=1
2 -3 1
B. 2x-3y+z=1
c Xy 2 g
2 31 D. 2x-3y+z=0
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Cau 55. Cho ba diém A(a;0;0), B(0;b;0) , C(0;0;c). Trong d6 a,b,c la céc s6 duong thay doi

thoa man —+B+1 =2016 . Mt phang (ABC) ludn di qua mdt diém cd dinh c6 toa do 1a
a (of

1 1 B. (11,1)

1 . .
' (2016 '2016° 2016)

D. (2016;2016;2016)

C. (22;2)
cau 56. Cho diém M (1,2;2) . Mit phang (P) di qua diém M va khoang cach tir goc toa dd O
dén (P) 16n nhat. Phuong trinh mit phang (P) 1a

A. x+2y+2z-9=0 B. x+2y-2z-1=0

C. x-2y+2z-1=0 D. x+y+2z-5=0

Cau 57. Cho diém M (1,2;3) . Mt phing (P) di qua diém M va cét c4c truc toa d6 Ox,0y, 0z
tai A B,C saocho M la trong tdm ctia tam gidc ABC . Phwong trinh mat phang (P) 1a

B. x+2y+3z-14=0

A, —+=+==1
3 6 9
Xy z
D. —+=+—-+3=0
c. X Y. 2 1 2 3
3 6 9

Cau 58. Cho diém M (3;2;1) . Mt phang (P) di qua diém M va cit cac truc toa d6 Ox,0y, 0z
tai A B,C saocho M Ia truc tim ctia tam gidc ABC . Phuong trinh mét phang (P) la

A. 3x+2y+2z-14=0 B. x+y+z-6=0

DANG&PHUONGTREH{DUONGTHANG

x=1+3t
Cau 59. Cho duong thang d:{y=-3+2t . Phat biéu nao sau day la ding?
z=2-t
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A. Puong thiang c6 duy
nh&t mot véc to chi phuong, véc to d6 1a u(3;2;-1)

B. Puong thing c6 vo s§
véc to chi phuong u(3;2;-1)1a mot véc to chi phurong ctia duong thing

C. Puong thing c6 vo s§
véc to chi phuong u (3,-2;-1) 1a mdt véc to chi phuong ctia duong thang

D. Duong thang c¢6 duy

nhat mot véc to chi phuong, véc to d6 1a 6(3; -2;-1)

Cau 60. Duong thing di qua diém A(3;2;3) va cd véc to chi phuong u(L,-2;1) ¢ phuong trinh

tham sd la
X=3-t X =23
A. B. C. y=2-2D. y=:
z=3+t Z=2
Cau 61. Cho hai diém A(1;,-2;-3), B(2;4;5) . Phuong trinh chinh tac cia duwong thang AB la
A x+1:y—2:z—3 B. x+1:y+2:z+3
1 6 8 -1 6 8
C. x—1:y+2:z+3 D. x—1:y+2:z+3
1 -6 8 1 6 8
Cau 62. Cho duong thang d c6 phuwong trinh chinh tac x1_ y;_?’ = 2_12 . Phuong trinh
tham s& ctia duong thang d 1a
x=1+3t X =-
A. B. C. y=-3+I% =
z2=2-t Z=-

X=5+t
Cau 63. Cho duong thang d:{y=1-t
z=5-t
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Trong cac mit phang sau, mat phang nao chita duwong thang d ?

A. 3x+2y+2-15=0 B. 3x+2y+2z+10=0
C.3x+2y+2-22=0 D. 3x+2y+z+4=0
X=9-2t
Cau 64. Cho duong thang d:{y=t
z=-2+t

Trong cdc mit phang sau, mit phang nao khong chita duong thang d ?

A. x+22-5=0 B. x+y+z-7=0
C. x+y-9=0 D. 3x+5y+z-25=0
X=3-t
Cau 65. Trong cac diém sau, diém nao khéng thudc duwong thang cé phurong trinh {y =2+3t
z=-1-2t
?
A. B. D. A(2;5;3) B(4:-
C C (51 N
X=2+2t
Cau 66. Cho diém A(1;2;3) va duong thang d:{y=-2-t
=3+t
Toa d6 hinh chiéu vudng géc ctia diém A trén duong thang d 1a
A. B. C. A(0;-L2P. B(0;1
X=1+t
Cau 67. Cho diém A(L5;7) va duong thang d:{y=-2-t
z=1+3t

Diém B d6i xting véi diém A qua duong thang d . Toa dd diém B la
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A. B. C. (3-131) D. (L1

Cau 68. Cho hai diém A(2;1;,-3) , B(4;2;1) . Budng thang AB cat mat phang (Oyz) tai diém

M ¢ toa do la

A. B. C. (0;0;7) D. (0;0;-

X-2 y+2 z7-3
-1
truc Ox sao cho duong thang AB vudng goc véi duong thang d 1a

A B. C. ( —73; 0o OJD. (1,0;C

Cau 70. Cho hai diém A(2;1;3) , B(1,3,9) . Duong thang AB cat mat phang (Oyz) tai diém M

Cau 69. Cho diém A(12;3) va duong thang d: . Toa d6 cua diém B thuoc

. Khi d6 MA=KMB . Gi4 trj ctia k 1a

A. C. D. 3 -2
B.
Cau 71. Cho ddierm A(2;0;0) , B(0;2;0), C(0;0;-1) . Puong thang d vuong goc voi mat
phéng (ABC) tai B cdt mit phing (Oxz) tai diém D . Toa do cua diém D la

A. B. C. (-2;0;4) D. (-2;0

Cau 72. Cho duong thang A:%Z:yT_Z:il va mit phang (P):x+2y-3z+4=0

DPuong thang d nam trong (P) sao cho d cit va vudng goc véi duong thang A. Véc to nao

sau day la mot véc to chi phwong cua d

A. B. C. u(-1-2;1. u(-%

Cau 73. Cho diém A(L-2;-3) va mit phang (P):x+2y-3z-4=0 . Phuong trinh duong thang

di qua A va vudng géc véi mat phang (P) 1a
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x-1 y+2 z+3 X+l y-2 z-3

A. B.
1 2 -3 1 2 -3
C. x—lzy—2:z+3 D. x—1:y+2:z+3
1 -2 -3 1 -2 -3

Cau 74. Cho diém A(B; 3; —2) va mat phéng (P): X+y—-2-2=0.Diém H la hinh chiéu vudng

goc cua di€m A trén mit phang (P) . Toa d6 cua diém H la

A. B. C. (1,1,0) (L,0;1

D.

Cau 75. Cho diém A(0;-12) va mit phang (P):x-y+3z-17=0 . Diém B ddi xting vdi diém
A qua mit phang (P) . Toa 0 cua diém B la

A. B. C. (4;-5;10)D. (5,6

Cau 76. Duong thang di qua diém A(231) va song song véi duong thang

x=1 y+1 z-3

d 5 ph trinh 12
> 2 . c6 phuong trinh la
A.d:x—2:y—3:z—1 B. d:x—2:y—3:z—l
2 -4 -1 2 3 1
C.d:X+2=y+3:Z+1 D. d:x—2:y—3:z—1
2 -4 -1 1 -1 3
X=1+t
Cau 77. Cho hai duong thang dl:gzyT_l:Z—J;l ;d,iqy=-1-2t
- z2=2+t

Puong thang vudng goc chung ctia d,,d, c6 mot véc to chi phueong 1a

A. B. C. n(3-3;5)D. n(L3
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Cau 78. Cho hai mit phang (P):2x+y+3z-4=0 ; (Q):x-2y+z+10=0. Duong thang d la
giao tuyén cua (P) va (Q) cé mdt véc to chi phuong la
A. D. n(7;-1-5)
C. n(7;1

B. n(-5;7;1)

Cau 79. Duong thang d di qua diém A(-2;-11) , cit truc Oy tai diém B va song song véi mat
phang 2x+y+2z-5=0 . Toa do diém B la

A. B. C. (0;4;,0) D. (0;-2
X=t
Cau 80. Cho duong thing d:{y=-1+2tva mit phing (P):mx—4y+2z-2=0 . Gia tri cia m
z=-1

d€ d ndm trén (P) 1a

A. B. C. m=10 D. m=—

Céu 81. Cho mit phing (P): X2y +mz—2=0va duong thing d: > = yzl - 2‘13 . Gié trj
cua m dé duong thang d vudng géc voi mit phang (P) 1a
A. B. C. m= _—1 m= E
2 D. 2
A y g : PR 2 x=1y+1 z-3 ... . |
Cau 82. Cho mit phang (P):x—y+6z+m=0va dudng thang d: - Gi4 tri cua
m d€ duong thang d thudc mat phang (P) 1a
A. B. C. m=-20 D. m=2

Cau 83. Cho hai duong thang
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X=1+t X=2+m
d:{y=2-t ,d,:{y=1-m .Vjtri trong d8i ctia hai duong thang d¢ la
71=-2-2t z=1

A. S

ong song B. C. D. C

héo nhau at nhau rung nhau

Xx-2 y+1 z+45

Cau 84. Cho duodng thang d : va mit phang (P):x-y+z+3=0 .Khidé

2
A. d cit (P)
B. d ndm trén (P)
C. d_L(P)
D. d //(P)

Céu 85. Cho dudng thing d: X4 -Y+3_2+2

va hai diém A(2;-2;1) , B(0;14) . Phat biéu

-2 3
nao sau day la dang?
A. Duong thang AB song
song véi duong thang d
B. Duong thang AB triing

véi duong thang d
C. Duong thang AB cat
duong thang d
D. Puong thing AB va
duong thang d chéo nhau
Cau 86. Cho hai diém A(2;1,-3) , B(-3;2;1) . Duong thang d di qua gdc toa do O va c6 tong
khoang cach tir A va B dén d 1a 16n nhat.Phuong trinh duwong thang d 1a

A. B. C. XY _ph.
1 -1 1

Cau 87. Cho hai diémA(LL1) , B(43;,-3) . Biém M nam trén mit phang (Oxy) sao cho
MA+ MB nho nhat. Toa d0 diém M la
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A. B. C. (1; % : Oj D. (—1;

DANG 4. KHOANG CACH
Cau 88. Khoang cach tir diém M (1;2;-2) dén mat phang (y) bang

A. B. C. 1 D. 4
Cau 89. Cho diém A(L2;-4) va mit phang P:2x+y-z+10=0 .Khoang c4ch tir diém A dén
mat phang (P) bang

A. 36 B. 18

C.8 D. 4f

Cau 90. Cho ba diém A(2;0;0) , B(0;-2;0) , C(0;0;1) . Khoang cach tir gc O dén mit phang
(ABC) béing

A. B. J6 D. 6

Cau 91. Cho tam gidc ABC ndm trong mat phang (Oxy) cé dién tich béng 12. Néu cho
S(3;—4;0) thi thé tich ctia khéi chép S.ABCD bang

A. B. C. 4 D. 1
0 (dvtt) 20 (dvtt) 6 (dvtt) 6 (dvtt)
Cau 92. Cho hai mit phing (P):2x+y+2z-4=0, (Q):2x+y+2z+10=0

Khoang cach giita hai mat phang (P),(Q) bang

A. B : 14
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Cau 93. C6 hai mjt phang cing song song v6i mat phing (P):x—2y-z+1=0 va cach mit

phang (P) mot khoang bang V6. Phuong trinh mat phang ¢ gan gdc toa d6 hon la
A. x-2y-x+7=0 B. x-2y-x+5=0
C. x=2y—-x-7=0 D. x-2y—-x-5=0

Cau 94. Cho mat ph:fmg (P) 12X+Yy+3z-4=0. Mat ph:fmg (Q) song song voi mat phéng (P)
va cit cac tia Ox,0y,0z an lwot tai cac diém A, B,C sao cho thé tich cta t& dién OABC b?mg 6.
Phuong trinh mat phéng (Q) la

A. 2x+y+32-6=0 B. 2x+y+3z+6=0
C. 2x+y+3z-36=0 D. 2x+y+3z+36=0

Cau 95. Cho mit cau (S):x*+y*+2° —2x+4y+2z-3=0 va mit phang (P):2z-y+2z-14=0 .
biém M thay d6i trén (S) ,diém N thay doi trén (P) . D06 dai nho nhat caia MN béng

A. B. C. 4 D.

. o e s~ een 1. |2a+2b-Cc+5=0
Cau 96. Cho 6 50 a,b,c,d,e, f thay doi va thoa man diéu kién
2d+2e—-f-4=0
Gid tri nho nhat ctia biéu thiee M =(a—d)’ +(b—e)’ +(c— f )’ bang

A. B. C. 9 D.
DANG 5. PHUONG TRINH MAT CAU

Cau 97. Cho mat cau (x—l)2 +(y—2)2 +(z +5)2 =16. Toa d0 tam | va ban kinh R ctia mat cau

la
A. 1(L2-5);R=4 B. 1(42,-5);R=16
C. 1(-1-2;5);R=4 D. I(-1-2;5);R=16

Ciu 98. Cho mit cau (S):x*+y*+2°—2x+4y—-62-11=0 . Toa d tAm | va ban kinh R cua

mat cau la
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A. 1(L-2;3);R=25 B. 1(4-2;3);R=5
C. 1(-12-3);R=5 D. 1(-12-3);R=25

Cau 99. Trong cac phuong trinh sau day, phuong trinh na la phwong trinh cia mot mat cau
A X*+y*+7° —4x-2y+5=0 B. X*+y*+72°+2Xx+6y—2z+15=0
C. X*+y*+7°-4x+1=0 D. xX*+y*+2°-62+20=0

CAu 100. Cho mit cau (S):x* +y? + 2 —2mx+4my +4z+4m’ =0 . Gid tri cia m dé€ ban kinh cua

(S) nho nhat 1a

A. B. C. m=0 D.

Ciu 101. Cho ba diém A(1;,0;0) , B(0;10), C(0;0;1). Phuong trinh mit cau ngoai tiép tit dién
OABC la

A X +y +72°+x-y-2=0 B. X’+y*+7°—-x-y+z=0
C. X’+y*+2°+x+y-2=0 D. X*+y*+2°-x-y-2=0
Cau 102. Cho hai diém A(L2;3) , B(~215) . Phuong trinh mt cau tim A ban kinh AB 1a
A. (x—1)2+(y—2)2+(z—3)2=14 B. (x+1)2+(y+2)2+(z+3)2=l4
C. (x=1)"+(y-2)° +(z-3)" =30 D. (x+1)"+(y+2) +(z+3)" =30
Cau 103. Cho hai diém A(L2;3) , B(3;0;5) . Phuong trinh mét cAu duong kinh AB Ia
A. (x—1)2+(y+1)2+(z—4)2 =26 B. (x+1)2+(y—1)2+(z—4)2 =6
C. (x=1)"+(y+1)" +(z-4)" =6 D. (x+1)+(y-1)+(z-4)" =24

Cau 104. M3t cau tam O va tiép xtic v6i mit phang (P):x+2y—2z—6=0cé phuong trinh la:

A X*+y*+2°=9 C.x*+y*+7°=4
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B. xX*+y°+2°=6 D. xX*+y*+27°=16

Cau 105. Cho hai diém A(1;2;3) , B(-2;1;5) . Phuong trinh mét cau di qua A,B va tam thudc

truc Oz c6 phuong trinh la

A xX2+y2+(z-4) =6 B. x*+y*+(z-4) =14

C. x2+y2+(z—4)2=16 D. x2+y2+(z—4)2=9

Ciu 106. Cho diém A(L4;3) . Mt cau (S) co tdm A va cit truc Ox tai hai diém B,C sao cho
BC =6 . Phuong trinh mat cau (S) la

A. (x-1)" +(y-4) +(z-3)" =28 B. (x-1)"+(y—4) +(z-3)" =34

C. (x-1) +(y-4)"+(z-3)" =16 D. (x-1)+(y—4) +(z-3)" =19

Cau 107. Cho diém A(1;4;3) . Mét cau (S) c6 tam A va cat truc Oy tai hai diém B,C sao cho
tam gidc ABC vudng . Phurong trinh mat cau (S) la

A. (x-1)+(y-4) +(z-3)" =50 B. (x-1)"+(y—4) +(z-3) =34

C. (x—l)2 +(y—4)2 +(z—3)2 =16 D. (x—1)2+(y—4)2 +(z—3)2 =20

Cau 108. M3t cau c6 tam thudc truc Ox va ti€p xtic véi hai mat phang (P):x+y—-2z+5=0,
(Q):x-2y+z+3=0 c6 phurong trinh 1a

B. (x+4)2+y2+z2 =6

|~

A. (x+4)2+y2+z2 -
C (X—4)2+y2+22— D. (X—4)2+y2+22=6

o~

Cau 109. Cho mit phing (P):2x+y-2z+10=0 va diém 1(2;13) . Phuong trinh mit cau tdm

| vacét (P) theo mot dudng tron c6 ban kinh bang 4 1a

A. (x—2)2+(y—1)2+(z—3)2 =14 C. (x—2)2 +(y—1)2+(z—3)2 =16
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B. (x—2)2+(y—1)2+(z—3)2 =9 D. (x—2)2+(y—1)2+(z—3)2 =25

Cau 110. Cho r 1a s6 thie duong. Mt phang x+y+z =r tiép xuc véi mat cau x> +y?+2° =r
khi

A' B. C- r=3 D. r:\/E

Cau 111. Ban kinh ciia mat cau tam | (6;3;-4) va ti€p xtc véi truc Oy la

A. B. C. 6 D. 213
Cau 112. Cho mit phang (P):2x+2y-z-4=0va mit cau (S):x* +y*+2° —2x+4y-6z-11=0 .
Mit phing (P) cit mdt cau (S) theo mdt dwong tron c6 ban kinh 1a

A. B. C. 3 D. 5
Cau 113. Cho mit phing (P):2x+2y-z-4=0 vamitcau (S):x*+y*+2>-2x+4y-62-11=0

.Tam | caa duong tron giao tuyén ctia (P) va (S) ndm trén duong thing nao sau day

A x—1:y+2=z—3 B. x+1=y—2=z+3
2 2 -1 2 2 -1
C. x—1=y+2=z+1 D. x+2=y+2=z—1
1 2 3 1 2 3

Cau 114. Mit cau tdm O tiép xtc v6i mit phang (P):2x+2y+z+9=0 cit mit phang
(Q)x—y+2z+3=0 theo mdt dudng tron cd ban kinh bang

A. B. C. V2 D. V6
Cau 115. Cho mit phang (P):2x+2y-z-10=0 va mdt cau (S):x* +y? + 2> - 2x+4y-62-11=0
. Mit phing (Q) song song véi (P) va tiép xtic mit cau (S) c6 phwong trinh la

A. 2x+2y-z+10=0 B. 2x+2y-z=0
C.2x+2y-z-20=0 D.2x+2y-z+20=0

Cau 116. Cho mit cau (x—-1)° +(y-2)° +(z—3)" =4 . Phwong trinh m&t phing chta truc Ox va

cat mat cau theo mot duong tron c6 ban kinh bang 2 1a

A. B. C. 3y+2z=D. z=0

[ | BIEN SOAN VA GIANG DAY THAY TRAN VAN TAI
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Cau 117. Mit phang vudng gbéc véi truc Oy va tiép xtic védi mat cau
(x=1)" +(y—-2)" +(2-3)° =96 phuong trinh la

A. y+1=0 B. x+2=0

C.z=0 D. x+z+6=0

Cau 118. X4c dinh phuwong trinh mit phang tiép xtic véi mit cau cd phuong trinh
(x=1)"+(y—2)" +(z+3)" =4 tai di€ém N (L,2;-1)

A.z+1=0 B. x+2y-z=0
C. z+3=0 D. x+2y-3z-8=0

Cau 119. Cho mit cau (S):(x—1)" +(y-1)"+(z+2)" =11 . Mt cau (S) cat tia Oz tai diém A c6
ta do la

A. B. C. (0;0;1) D. (0;0;-
Cau 120. Cho hai diém A(LL1) , B(13;-3) . Tap hop cac diém M trong khong gian sao cho

|MA+ MB| =4 ]a mOt mat cau. Tam ctia mat cau la diém | co toa d0 la

A. B. C. 1(0;0;1) D. 1(0;0
Cau 121. Cho ba diém A(L11) , B(L3;-3) , C(2;10) Tap hop cac diém M trong khong gian

sao cho |MA+MB - W| =6 la mOt mat cau. Ban kinh cia mat cau béng

A. B. C. 3 D. 2
Cau 122. Cho mét cau (S):(x—l)2 +(y—1)2 +(z+2)2 =9 va diém M (L13) . Qua M Kké tiép
tuyén MA véi mit cau (S) (A 1a tiép diém). Do dai MA bang

A. B. C. 4 D. 1
Cau 123. Cho mat cau (S):x*+y*+2° -2x+4y+2z-3=0 . Mat phang (P) chtta truc Ox va cat
mat cau (S) theo mot dureong tron ao cho duong tron giao tuyén c6 ban kinh 16n nhat. Phiong

trinh mat phang (P) la

A. B. C. y—2z=0D. X —22
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Cau 124. Cho mat cau (S):(x-1)"+(y-1)"+(z+2)" =4 va diém A(LL-1). Ba mit phing thay
ddi di qua A va d6i mot vudng goc véi nhau, cat mat cau theo ba duong tron. Tong dién tich

cta ba hinh tron twong tng la

A. T
(dvdt) B. C. D. 10z
(dvdt) (dvdt) (dvdt)
Cau 125. Cho mat cau (x —1)2 +(y- 2)2 +(z+ 5)2 =16 va diém A(12;-1) . Diém B thudc mét cau
sao cho AB c6 d0 dai 16n nhat. Toa d0 diém B la
A. B. C. (-3;,-6;11D. (L2;¢
Cau 126. Cho mit cau (X —1)2 +(y— 2)2 +(z+ 5)2 =4 va diém A(1;2;3) .Goi | la tam ctia mat cau
va diém B thudc mat cau sao cho 1B+ BA nho nhat. Toa do ctia diém B 1a
A. B. C. (2,-9) D. (L2;¢
E.
Cau 127. Cho hai diém A(LL1) , B(L3;-3) . Tap hop cac diém M trong khong gian sao cho
MA =2MB la mdt mat cau cé tdm | . Toa d6 cua diém | 1a

11 -13
A. B. I——
D. ( 3 3 j

C. (1,2’_
Cau 128. Cho bon diém A(L2;1) , B(2;0;,-1) , C(1;3;-4)
D(0;-2;2) . Tap hop cac diém M thoa man MA’+MB? + MC® = 4MD? 1a mdt mat cau. Ban kinh
ctia mat cau dé la
A. B. C. J33 D 46
Cau 129. Cho ba diém A(1,8;,-1) , B(-2;3,1) , C(5-2;7) . Tap hop cac diém M thoa man

MB? + MC?® = MA? 1a moOt mat cau. Toa do tam ctia mat cau do la

A. B. C. (2;9,-7) D. (9;2;-
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X=1_Y¥*2_ 271} tigp tuyén ctia mét cau tam | (1:3;5) ban kinh R

Cau 130. Biét duwong thang I .

.Giatricaa R la

A.14 B. V14

C.6 D. 10
Cau 131. Cho mat cau (S):(x—1)" +(y-1)" +(z-1)° =25 va diém M (L-12) . mat phing (P) di
qua M va cit mat cau (S) sao cho dudng giao tuyén c6 ban kinh nho nhat. Phuong trinh mat
phéng (P) la

A. x-y+2z-6=0 B. x+y+z-2=0

C.2y-z+4=0 D. 2y+z=0

Cau 132. Cho ba diém A(1;,0;0) , B(0;1,0) , C(0;0;1). Va mat cau (S):x*+y*+2°—-x—-y-z=0 .
Diém D thudc mat cau (S) sao cho thé tich ctia tt dién ABCD la 16n nhat. Khi ds, khoang cach
tir diém D dén mit phang (ABC) bang

A. B. C. ﬁ D. ﬁ
2 6

Cau 133. Cho hai diém A(2;0;0) , B(6;0;0) va mat cau x*+y*+z*=16. Diém M thudc mat cau
sao cho MA+MB nho nhét co toa d0 la

A. B. C. (0;4,0) D. (—4;0
Cau 134. Cho mat cau (S):x*+y?+2*-2x-2y-2z=0 va diém A(2;2;0) . Diém B thudc mat
cau sao cho tam gidc OAB déu. Khoang cach tir tim ctia mit cdu dén mit phang (OAB) bang

A. 3 D.

5 c ” 2
3

Caiu 135. Cho mat cau (S):x2 +y?+2°-2x-2y-2z=0 va diém A(2;2;2) . Diém B thay d6i
trén mat cau. Dién tich ctia tam gidc OAB ¢ gid tri 1on nhat la

A. B. C. 1 D. 2

(dvdt) (dvdt) (dvdt) (dvdt)
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Ciu 136. Cho mat cau x°+y’+z* =16va hai diém A, B thudc mat cau. Dién tich cua tam giac

OAB ¢6 gia tri 16n nhat 1a

A. B. C. 1 D.
(dvdt) (dvdt) (dvdt) 6 (dvdt)

Cau 137. Cho mat cau x* +y* +z° =36 vaba difm A B, C thudc mat cau. Thé tich ctia t¢ dién

OABC c0 gia tri I6n nhat la

A. B. C. 1 D.
(dvdt) (dvdt) 6 (dvdt) 16 (dvdt)

Cau 138. Cho mat cau (S):x* +y* +2° —-2x—2y -2z =0 . Phuong trinh ciia mat cau d6i xing véi
(S) quagdc O 1a

A X +y +7°-2x-2y-27=0 B. x*+y?+2°-2x+2y+2z=0

C. X2+y*+2°+2x+2y—-22=0 D. x> +y?+72° +2x+2y+2z=0

Cau 139. Cho mat cau (S):(x—1)" +(y-1)"+(z—-1)° =25 . Phuong trinh ctia mat cau ddi xtng
v6i (S) qua mit phang (Oxy) la

A. (x—1)2+(y—1)2+(z +1)2 =25 B. (x—1)2+(y+1)2+(z +1)2 =25
C. (x+1)° +(y-1) " +(z+1)° =25 D. (x+1)° +(y+1) +(z+1) =25

Cau 140. Cho ba diém A(L0;0) , B(0;10), C(0;0;1) . Mat phéng (P) bét ky di qua gdoc 0. Goi
D, E,F lan lwgt l1a hinh chiéu vudng goc cua A,B,C trén mat ph:fmg (P) . Khi tam gidc DEF c6
dién tich 16n nhat thi phurong trinh ctia mét phéang (P) 1a

A. B. C. Xx—y+z-0.
Cau 141. Cho ba diém A(a;0;0) , B(0;b;0) , C(0;0;c), trong d6 a,b,c 1a cac s6 dwong thay do6i

théa méan 3+§+3 —1. Khoang cach tir géc toa do dén miit phing (ABC) c6 gid tri 16n nhét I
a C

A. B. C. 1 D.
Cau 142. Cho hai diém A(2;0;0) , M (L,1;,1). Mat phéng (P) thay ddi di qua AM va cit cac tia
Oy,0z lan lwot tai B,C . Thé tich cua t& dién OABC ¢6 gid tri nho nhat 1a

[ | BIEN SOAN VA GIANG DAY THAY TRAN VAN TAI
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A. 3
(dvtt)
B 14
3
(dvtt)
C. 5
(dvtt)
b 16
3
(dvtt)
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1 2 3 4 5 6 7 8 9 10
A D B C D A D B

11 12 13 14 15 16 17 18 19 20
C A D C A C A C A B

21 22 23 24 25 26 27 28 29 30
B A B C B C C D A C

31 32 33 34 35 36 37 38 39 40
D D D C D A D D B C

41 42 43 44 45 46 47 48 49 50
B C B A A B A A B B

51 52 53 54 55 56 57 58 59 60
A A D A A A A A B B

61 62 63 64 65 66 67 68 69 70
D A C C A A A B C D

71 72 73 74 75 76 77 78 79 80
A B A A A A B C D C

81 82 83 84 85 86 87 88 89 90
A A C D C B A C A C

91 92 93 94 95 96 97 98 99 100
A B D A D A A B C A
101 102 103 104 105 106 107 108 109 110
D A B C A B D A D A
111 112 113 114 115 116 117 118 119 120
B C A B D C A A A C

121 122 123 124 125 126 127 128 129 130
D A A D D C A D C B

131 132 133 134 135 136 137 138 139 140
C D D C D C C D A D
141 142

C D

Cau 16. Goi M (0'0;z). Khi d6, MA? + MB? =12 +12 +(~z)" + 22 +(-1)" +(2~2)
=222—4z+11=2(z—1)2+929 .Chon C

Ciu 23. Goi 1,1 Ian lwot la trung diém cua AC va B'D . Khi dé




|(§;5;—2j, |'[§;o;§} A= =220 al022 .Chon B
2'2 ) 22 22

Cau 24. Goi | 1a trung diém caa AB , | (1,2;-1) . Khi d6 [MA+MB|=[2MI| =2MI nho nht khi M

1a hinh chiéu vuéng géc cta | trén mit phang (Oxy) . Vay M (12;0) . Chon C

Cau 52. 2x+2y—z+10:0<:>2x+2y—z=—10<:>i5+i5+%=1 . Chon A

Cau 55. Phuong trinh mt phing (ABC) : = + % +Zo1
a c

Giéthié’t£+l+£:2016<:> L + L + 1 =1
a b ¢ 2016a 2016b 2016¢

1 1 1
20162016 ' 2016

Vay diém c6 dinh la ( ) .Chon A

Cau 56. Khoang c4ch tir O dén mit phang (P) luén nhé hon hodc bang OM . D&u bang xay ra
khi OM vuéng géc véi mit phing (P) . (P) di qua diém M va cs véc to phdp tuyén OM nén c6
phuwong trinh x+2y+2z-9=0 .Chon A

Cau 58. M 1a triee tam cuia tam giac ABC nén OM vudng goc voi (P) . (P) di qua diém M va ¢

véc to phdp tuyén OM nén c6 phuong trinh 3x+2y+z-14=0 . Chon A

Cau 86. Goi H,K Ian luot 1a hinh chiéu vudng goc cia A B trén duong thang d . Khi d6
AH +BK < AO+BO . Dau bang xay ra khi H =K =0 . Khi d6 duong thang d di qua O va x6 1
véc to phap tuyén la tich ¢6 huéng cia OA va OB . Chon B

Cau 87. Phuong trinh mit phang (Oxy) 12 z=0 nén hai diém A, B ndm khac phia v6i mit phang
(Oxy) . Khi d6 MA+MB > AB . Dau bang xay ra khi M la giao diém cua doan thing AB véi
(Oxy)

x=1
Phuong trinh duong thang AB 1a {y =1+ 2t
z=1-4t

Diém M la giao diém ctia duong thang AB véi (Oxy)nén M (1;%;0}

Chon A

Cau 94. Phuong trinh mit phang (Q) c6 dang 2x+y+3z+d =0(d #-4) . khi d6 ta tinh duwoc
—d —d

A(T;O;Oj , B(0;-d;0), C(O;O;?j (d<0)



1 1|-d|, . |-d|_ -d°
Ve =—0AOB.OC == =
e g 62" "|3]| 36

OABC béng 6, ta tim duoc d =—6 . Vay phuong trinh mit phang (Q):2x+y+3z-6=0 . Chon A

(vi d<0 ). Do dé tir gia thiét thé tich cta t& dién

J-d].

Cau 95. Dé thay mit phang (P) khong cat mit cau (S) . Goi | 1a tAm ctia mit cau (S), H 1a hinh
chiéu vudng goéc caa | trén (P) va K la giao diém ctia doan thang IH véi mit cau (S) . Khi d6

MN > HK hay MN >IH —IK =1 . Chon D
Cau 96. Goi (P):2x+2y—z+5=0, (Q):2x+2y—z-4=0 va cac diém H (a;b;c) , K(d;e; f)
Khi d6 H €(P);K €(Q) va khoang cach gitta hai mit phang (P) va (Q) béng 3.

M =HK?>3*=9 .Chon A

Cau 100. R = \/mz +(—2m)2 +(—2)2 =vV5m*+4>2 .Chon A

Cau 106. Goi H la hinh chiéu vuong goéc ctia A trén truc Ox . Khi d6H(1;0;0) va AH =5 ;
HB=HC=3.

Ban kinh R ctia mat cau théa man R? = AB> = AH? + HB? =5 +3? =34 \chon B

Cau 107. Goi H 1a hinh chidu vudng géc ctia A trén truc Oy. Khi d6 H(0;4;0) va AH =+/10 .

Tam gidc ABC vudng can tai A nén HB=HC = AH =10 . Ban kinh R ctia mit cau thoa man
R? = AB? = AH? + HB? =20 . Chon D

Cau 120. Goi H 1la trung diém AB
Khi d6 H (1,2;-1) va [MA+MB|=4 < [2MH|=4 < MH =2
Vay tap hop cac diém M thda méan la mat cau tam H ban kinh 2. Chon C

Cau 121. Goi | 13 diém thoaman IA+IB—IC =0

Khi d6 MA+MB—MC =Ml +IA+MI + 1B~ (M +1C ) = M

Va [MA+MB-MC|=6< MI =6

Vay tap hop cac diém M thda mén la mat cau tam | , ban kinh 6. Chon D

Cau 122. Goi | 1a tam mit cau. | (LL-2) vA MA=+MI?—IA> =\/25-9 =4 . Chon A

Cau 123. Mt phang sé& di qua tdm |(-2;-1) clia mit cAu va mit phang cé mot véc to phap

tuyén la tich c6 hudng cta OI (,-2;-1) va véc to don vi T(l; 0;0) . Chon A



Cau 124. Goi R,R,,R, la ban kinh cta 3 duong tron va H,K,T la hinh chiéu vudng gbc cuat t3,

mét cau | trén 3 mit phang twong ting
Ta co

AR + 7R+ 7R = (RP+ R, +R )= 7| (4—1H?)+(4-1K?)+(4-1E%) |
=[12-(1H? +IK* +1E?) | =[12- 1A’ | =11z

Chon D

Cau 125. Vi diém A thudc mit cau nén AB < 2R =8. D4u bang xay ra khi AB la duong kinh hay

B d6i xiing v6i A qua tam mat cau. Chon D

Cau 126. Dé thay diém A ndm ngoai mat cau nén 1B+BA>1A=6 . Do d6 diém B thudc mat cau
va AB=4 .Vay B(1,2;-1) . Chon C

Cau 127. Goi M (x;y;2)

MA=2MB < \/(1-x)’ +(1-y)’ +(1—-2)° =2,/(1-x)* +(3—-y)’ +(-3-2)°
< 32 —6x+3y° —22y+47°+202+73=0

<:>x2+y2+22—2x—2—32y+%z+§=0 va I(l;l—?,l;_Tlgj . Chon A

Cau 128. Goi M (x;y;2) . Tacd MA? + MB? + MC? = 4MD’

S @-x)+(2-y) +@-2) [+[(2=x) +(=y) +(-1=2)" [+ @=x)" +(-y)" +(-4-2)"]
=4[(_x)2+(_z_y)2+(2_z)2]

S X4y +7°+8x+26y—247-5=0

c>(x+4)2+(y+13)2+(z—12)2 =334 .Chon D

Cau 131. M4t phang (P) di qua M cat mat cau (S) theo mot dudng tron c6 ban kinh nhé nhat
khi khoang cach tir tam | dén (P) lén nhét. Goi H la hinh chiéu vudng géc ctia | trén (P). Khi
d6 IH <IM . D&u béng xay rakhi H=M hay (P) diqua M vanhan IM lam véc to phap tuyén.
Chon C



Cau 132. Dé thay 3 diém A,B,C thudc mat cau. Xét D 1a mot di€ém tuy y thudc mat cau. Goi | 1a

tim mit cau . H,K lan luot la hinh chiéu vudéng géc ctia 1,D trén mit phang (ABC) . Khi d6

31 2:2J§

DK<DI+IH="24 — =2 22

2 23 3 3

Chon D.
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