SO GD&DPT VINH PHUC PE THI KSCL POI TUYEN NAM HOQC 2021-2022
TRUONG THPT TRAN PHU Mén: TOAN - Lép 11 - Churong trinh chudn
PE CHINH THUC Thoi gian: 180 phiit (Khéng ké thoi gian phdt dé)
(Pé nay cé 1 trang)
Cau 1. Giai phuong trinh: sin x + 2sin3x = —sin 5x

Cau 2. Trong diy s6 : C2y; Chy;...;Cas ton tai 3 6 hang lién tiép tao thanh cap sb cong, tim tong ba s6 hang

do.
2 — —

Céu 3. Tim gi6i han lim Y2 1 ¥ 2¥=3

/4 x*)1 5x - 6x + 1 r b r r r ~
Cau 4. Tu C,éC s01,2,3.,4,5,6, 7,,8, 9 lz}p cac so tur nhiénlgém bon chir s6 d6i mot khac nhau. Lay ngau
nhién mot s6 vira 1ap. Tinh x4c suat dé 1ay dugc s6 chia hét cho 5.
Céiu 5. Cho bat phuong trinh: Jx +V4—x <Vdx—x* +m+3 . Xac dinh m dé bat phuong trinh nghiém dung
voimoi x € [0;4].

2022
, 2x, +1 ,
Cau 6. Cho day s6 (x,) duoc xac dinh boi: x, =1;x,,, = % +x,.Vé6i n 1a s6 nguyén duong.
2 +1 2021 2 +1 2021 2 +1 2021 2 +1 2021 )
Dt un:( ) +( X2 1) +( %+ +...+M.Timhmun.
2x, +1 2x; +1 2x; +1 2x,,, +1 n>4o0

eo o 11
Cau 7. Gia stir (1+x+x2 +x° +...+x10) =a,+ax+a,x" +ax’ +.+a,,x"

, VOl a,,a,,a,,...,a,,, 1a cac hé
s0. Tinh gia trj ciia tong T = C’a,, — Cl,a,, + Cla, — Ca, +...+ C'a, — Cla,

Céu 8. Cho hinh hép ABCD.A'B'C'D'. Goi G 1a trong tim ABC'D .

a. Xac dinh thiét dién cla hinh hép ABCD.A'B'C'D’ khi cat bdi mét phang (ABG) . Thiét dién |13 hinh gi?

b. Hai diém M , N lan lugt thudc hai doan thang AD, A'C sao cho MN song song véi mat phang (BC'D), biét

AM zlAD .Tinh ti s& ﬂ
4 CcA4'

. . . -1 -2
Cau 9. Trong mit phang toa do Oxy, cho hai diém A(—l;2) , B(3;1) va duong thang A :XT = yT Tim toa

d6 diém C thudc A dé tam giac ACB cantai C.

Cau 10. Vi ba sb thuc duong a, b, ¢ thoa man ac =4b+c. Tim gia tri nho nhét cua

2 2 2
38 [CAE i P TE O 15 :
3 4 (b+c)(c+3b)

Hét

(Giam thi coi thi khong giai thich gi them)



Chit ky cua giam thi:..................... ... ...

Phong thi $0: ... occooe e,

PAP AN
Ciu Noi dung Piém
pt 1,0
< sina + sinor + 2sindr =0
& 2sinT5Eeos T + 2sindy = 0
1 | & 2sin3zcos2x + 2sindz = 0
= Asindr{cos2e+ 1) =10 0,25
o sindx = 0 Jr = kw 0,5
ros2r = —1 2r =mw+ k2w
r=kE 0,25
— —
|z =5+ ke
Gia sir 3 56 Cpy; Co'; Co? theo th tw d6 1ap thanh mot cap s6 cong khi
va chi khi 2C}" = C), + C2,Vn<1l,neN. 1.0
9
A0 =(Cpy + O )+ (Gl + €7
edcy = o =y |
n=_, (tm) 05
= (n+2)(23-n)=150 <= . ’
) (n+2)(23-n) V13 ()
Vay Cs, +Cyy +Ch) =2451570.
0,5
V2xP —1+2x-3
Tim gidi han lim
8 ool 5yt —6x+1 1,0
3
2 12 0,5
S YO
N2x* —1+x
m
¥l (x—-D(5x-1)
0,5
X7H+3 ]
li V2xT —1+x
= l1im =
xl Sx-1
Tircac s 1,2,3 4,5, 6,7,8,9 lap cac s6 tu nhién gom bon chir s6 doi 1,0
mét khdc nhau. Lay ngau nhién mot so vira lap. Tinh xac suat dé lay
duoc so chia hét cho 5.




. Goi so can lap 1a a,a,a,a, ,trong d6 cac a,,i =1,4 d6i mot khac nhau.

S6 c6 4 chit s6 d6i mot khac nhau 1a: 4 = 3024 (s6).

0,25
Do s6 can 1ap chia hét cho 5 nén a, =5c¢06 1 cach chon.
a, c6 8 cach chon
a, co 7 cach chon
a, c6 6 cach chon 0,5
Vay s6 s6 ¢ 4 chit s6 chia hét cho 5 1a: 8.7.6=336 (sd)
Vay xdc suat dé 1ay dugc so chia hét cho 5 1a: 0,25
336 1
P = — = —
3024 9
Cho bat phuong trinh: 1,0
Jx+J4-x <Jax—x*+m+3
Xéc dinh m dé bat phuong trinh nghiém dung véi moi x €[0;4].
Loi giai
A 0<x<4 0<x<4
bicu kién 5 & 5
4x—x"+m+32>20(2) m=x"—4x-3(2) 0.5
9

Diéu kién can dé bpt (1) nghiém ding véi Vx €[0;4] thi (2)
nghiém ding Vx [0; 4]

Xét f(x)= x*-4x-3
Bang bién thién

f(x) -3 -3

Tir bang bién thién (2) ding voi Vx €[0;4]

& m2max f(x) & m>-3
[0:4]

PT & 4+2V4x—x> <4x—x"+m+3
Piat t=\dx—x",t20=>1" =4x—x"
Bang bién thién
x |0 2 4
4
. / \

0 0




Dua vao bang bién thién suy ra 0 <¢* < 4
Bét phuong trinh trd thanh
g(H)=-t*+2t+1<m (3)
Dé bat phuong trinh dau nghiém dung voéi Vx €[0;4] thi

(3) c6 nghiém dung vé6i Vi €[0;2]. < m> I%’l&g(g(t)

| TN

Tu BBT suyra m=>2.
Két luan m >2 thi bpt (1) nghiém dung Vx € [0;4] .

0,5

(24, +1)

Cho day s6 (x,) dugc x4c dinh béi: x, =Lx,,, = +x,.
2022

V6i n 1a s6 nguyén duong. Dat

_(xy +1)*% . (2x, +1)** N (2x, +1)** . (2x, +1)**!
2x, +1 2x; +1 2x; +1 2x,,, +1

Tim lim u, .
n—>+0

1,0

_ (2x, +1)*%

Taco x,,, —x, =
2022

Suy ra

1 1 2('xn+1 X ) _ (2xn + 1)2021
2x, +1 2x,, +1 (2x +D(2x,,, +1) 1011(2x,,, +1)
=

n+l

(2x,+D)™ +1)* 1
u, _E —10112 =1011
2x,,, +1 2x, +1 2x,, +1 2x1+1

i=1 i+1 i+l

0,5

2 _+_1 2022
Mit khac: x,,, —x, ( x2022)

ting Vn >1. Néu (x,) bichan thi limx, ton tai.

—x, = —=———2>0nén day (x,) 1a day sb




(2a +1)**
2022
(x,) khong bi chan trén hay limx, =+o0 suy ra

bat limx, =a= a=21vaa= +a (v0 1y). Suy ra

lim =
2x . +1

n+l

Suyra limu, = @

n—>+00

0,5

11
22 ” 2 3 10 2 3 110
Gia su (1+x+x +x +.t+x ) =q,+ax+a,x" +ax +..+a;,,x ,
vl  a,,a,4a,,..,a,,, la cac hé s6. Tinh gia tr1 cua tong

0 1 2 3 10 11
T= C11a11 _Cllalo +C11a9 _Cnas +-'-+C11a1 _CllaO

1,0

Taco
11
(x40t 427 42 =[M}

x—1

1 i 2 3 110 1
<:>(x —1) :(a0+a1x+a2x +ax +.ta,x )(x—l)

(xll _1)“ :i(_l)k Cc* (xll)“‘k :i(_l)k CF 1211k
G Ci. .

k=0 k=0
S6 hang chira x'' trong khai trién trén tmg véi 121-11k =11k =10.

0,5

Heé s6 cua s6 hang chita x'' trong khai trién (x“ —1)11 la (-1)".cf =11
(D).
11
Mat khic (x—1)" =" (=1)".Chx"™*.
k=0
Hé sb ctia s6 hang chira x'" trong khai trién
(ao +ax+ax’ +ax’ +...+a”0x”°)(x—l)11 la
ay-(—1)" .Cly +a (1) .C +a,.(<1) CE+ v ay, . (1) .G
=a,C) —a,C!,+a,C}, —...—a,C| ==T (2).
Tr(l)va(2)suyra -T'=11<T=-11.

0,5

Cho hinh hop ABCD.A'B'C'D' . Goi G 1a trong taim ABC'D .

a. Xac dinh thiét dién ctia hinh hop 4BCD.A'B'C'D’ khi cit boi mat
phing (ABG). Thiét dién 1a hinh gi?

b. Hai diém M, N lan lugt thudc hai doan thfmg AD, A'C sao cho
MN song song v6i mit phing (BC’D), biét AM = %AD . Tinh ti s6

oN
CcA'

1,5

Loi giai




a. Trong (BC'D) kéo dai BG cit C'D tai I .
(ABG)N(CDD'C") = Ix
Khi d6: { AB = (ABG),CD =(CDD'C') = Ix//CD.
AB//CD
Tur do, trong (CDD'C') , ké duong thang Ix//CD cat CC', DD’ lan luot
tai £ va F .

Vay thiét dién can tim 13 hinh binh hanh ABEF (vi EF =CD = AB va
EF /| AB)

0,5

b. Goi O 1a giao diém cua AC va BD.Dé&thidy Ge A'C.

Khi d6, qua M ké duong thang song song vi BD va cat AC tai K .
Trong mit phang (ACC'A"), goi L=KNNA'C", taco:

1,0




MN//(BC’D)
:>(MNK)//(BC'D)
MK //(BC'D)
:>KN//(BC’D):>KN//OC'.
Mat khac, theo giéthiét, ta co: A—K=A—le = K—O=§ = K—O=§ va
AO MD 4 A0 4  AC 8
kc_7
AC 8
Vi KO=LC', AC=AC" nén L 3 zﬂzi
AC" 8 AC 8
AL AL AC 58 5 AN 5
Ma = . = —=— = —,
KC AC''KC 87 17 NC 7
vay SV _ T
cA” 12
Trong mat phéng toa d6 Oxy, cho hai diém A(—l;2), B(3;1) va duong
2 x=1_ y-2 . A 2k N X . A 0.5
thang A:T:T' Tim toa d6 diém C thudc A dé tam giac ACB can s
tai C.
. x=1+¢
Phuong trinh tham s6 ctia A : {
y=2+t
CA=(-2-1t;-t)
Ta cd CeA:>C(1+t,2+t):> -
CB=(2-1;-1-1t)
Ta co AACB can tai C
& CL =CB & (<21 +(—t) =(2-1) +(-1-1)’ @t:%
7 13
Suyra C| —;—
Vi ba sb thuc duong a, b, ¢ thoa man ac =4b+c. Tim gia tri nho nhét
cua 1,0
2 2 2
P 3 a4 15 :
3 4 (b+c)(c+3b)
2 2 2 2
Ap dung bét dang thirc Cauchy 2 sb: a—+3L 22, /a—3i =ac
3 4 3 4
2
Prac 430 4 — 0
(b+c)(c+3b) 0,5
Tir gia thiét: ac=4b+c < ac-3b=b+c

Ta lai co:
ac® +3b* :(ac—3b)c+3b(b+c)=(b+c)c+3b(b+c)=(b+c)(3b+c)




10

15°

P>(b 3b —_
A FwaT Ty
: 15°
St dung Cauchy cho 2 s6: (b+c)(3b+c)+—F—=
(b+c)(c+3b) 0.25
22 [(b+e)(Bh+e) 0 —30
B (b+c)(c+3b)
Do vay: P>30.
< 3
3 4
2
Déu "=" xdy ra khi va chi khi (b+c)(3b+c)=m<:>
ac=4b+c
a=3 0,25
b=1.
c=2
a’ 3c : =3
VayminP =| —+— [c+3b* + =30, khi {O=1.
3 4 (b+c)(c+3b)

c=2




