CHU DE 8: BAI TOAN TIEP TUYEN
Dang 1: Viét phwong trinh tiép tuyén tai mot diém
Phwong phap giai:
Cho ham s6 y = f(x)(C). Khi d6 phuong trinh tiép tuyén tai diém A(xo;f(xo)) e(C) 1a
y :f'(xo)(x—x0)+f(x0).
Trong d6 x, duge goi 1a hoanh do tiép diém: y, = f(x,) 1a tung d6 tiép diém va k = f(x,) 1a hé sé goc

ciia tiép tuyén. Diem A(x,;y,) duoc goi la tiép diem.

Vi du 1: Viét phuong trinh tiép tuyén ctia d6 thi ham s& y = x’ + 3x(C ) tai:
a) Diem 4(1;4).

b) Piém c6 hoanh d6 x, =1

¢) biém co tung d6 v, =14.

d) Giao diém ctia (C) voi duong thing d : y =3x-8.

Loi gidi

a) Tacod: f'(x)=3x"+3= f'(1)=6.

Do vdy phuong trinh tiép tuyén tai 4(1;4) 1a y=6(x—1)+4=6x-2
b) Véi x=x,=-1= f(x))=—4= f'(x,)=6

Do vdy phuong trinh tiép tuyén 1a y =6(x+1)—4=6x+2

) Véi y,=14=x* +3x=14 < x,=2; f'(2) =15

Do vdy phuong trinh tiép tuyén 1a: y =15(x—2)+14=15x-16

d) Hoanh d¢ giao diém cua (C) va d la x’ +3x=3x-8 < x=-2

Véi x=-2= y=-14= f'(-2)=15. Do d6 phuong trinh tiép tuyénla y =15(x+2)-14=15x+16.

x—2

Vi du 2: Cho ham s y =
2x+1

(€)-

a) Viét phuong trinh tiép tuyén ctia (C) tai diém c6 tung d6 y, =3.

b) Viét phuong trinh tiép tuyén ctia (C) tai giao diém ctia (C) véi duong thing d:y=x-2.

Loi gidi
5

Tacod: yy=——
g (2x+1)’

xX—

2 =3<:>5x:—5<:>xoz—1:y’(—1):5.

a) Ta co: =3=
) o 2x+1




Do vay phuong trinh tiép tuyén la: y =5 (x + 1) +3 hay y=5x+8.

. - x
b) Phuong trinh hoanh d giao diém cta d va (C) la: ; 21 =x-2& {
X+

V6i x, =2=y,=0;)'(2) 2% suy ra phuong trinh tiép tuyén la: y = %(x -2).

Véi x,=0=y,=-2;)'(0)=35 suy ra phuong trinh tiép tuyén la: y=5x-2.

Vi du 3: Phuong trinh tiép tuyén ciia d6 thi ham s6 y = x* —4x+2 tai diém c6 hoanh d6 bang 1 la:

A y=—x-2 B. y=x-2 C.y=—x D. y=—x+1

Loi gidii
Taco x,=1=y,=—1; f'(x)=3x"—4= f'(1)=-1

Do vay PTTT la: y = —(x—l)—l =—x. Chon C.

X 14 1 . /4 2 1 . . R .
Vi du 4: Phuong trinh ti€p tuyén ctia d6 thi ham s0 y = x—+1(C ) tai giao diém cua (C) véi truc tung la:

A. y=-3x-1 B. y=-3x-3 C.y=-3x D. y=-3x+3

Loi gidi

(x-1)

Do vay phuong trinh tiép tuyén la: y =—3x—1. Chon A.

Vi du 5: Phuong trinh tiép tuyén ciia d6 thi ham s6 y =~/x+2 —+/3—x tai diém c¢6 hoanh d6 x—2 la:

A. y:%x+% B. y:%x—% C. y=%x—% D. y=%x+%
Loi gidgi
Véi x=2=y=1.Laico f'(x)= L ! :>f’(2):é
2Jx+2  243-x 4

Do d6 phuong trinh tiép tuyén 1a: y = %(x—2) +1= %x—%. Chon B.

Vi dy 6: Phuong trinh tiép tuyén cta do thi ham s0 y = x’ —4x” +1 tai diém x, théaman f"'(x,)=4 la:

A. y=-3x+1 B. y=—4x-1 C. y=4x-1 D. y=—4x+1

Loi gidi
Taco: f'(x)=3x"-8x= f"(x)=6x-8.
Giai f"(x):4<:>)c0 =2=y, :—7;f’(2)=—4

Do d6 phuong trinh tiép tuyén 1a: y =—4(x—2)—7=-4x+1. Chon D.




Vi du 7: Phuong trinh tiép tuyén ctia 6 thi ham s6 y = x* —4x” +2 tai diém x, =-1 la:

A. y=4x+1 B. y=—4x-1 C.y=4x+2 D. y=4x+3

Loi gidi
Taco: x,=—1=> y, =—1. Matkhac y' =4x’ —8x = y'(~1)=4

Khi d6 phuong trinh tiép tuyén la: y =4(x+1)—1=4x+3. Chen D.

Vi du 8: Phuong trinh tiép tuyén ctia d6 thi ham s6 y =

(C) tai giao diém cua (C) véi truc hoanh la:

2x+1
1 1 2 -3
A. y—g(x—2) B. y—g(x—Z) C. y—g(x—Z) D. y—g(x—Z)
Loi gidi
Ta c: (C)NOx = A4(2;0). Mat khac f’(x):;zzf'(z):l
(2x+1) 5

Do d6 phuong trinh tiép tuyén tai diém 4(2;0)1a: y = %(x —2). Chon A.

Vi dy 9: Tiép tuyén ctia do thi ham s6 y =2x’ —3x+1(C) tai diém c6 hoanh d6 x=1 cét do thi (C) tai
diém thir 2 ¢6 hoanh d¢ 1a:

A.0 B. -2 C.3 D. -1

Loi giai
Taco: x=1=y=0;f'(x)=6x"-3= f'(1)=3.
Phuong trinh tiép tuyén la: y=3(x—l)(d )

Xét d ~(C) = 2x° —3x+1:3(x—1)©{x_ ,-Chon B.
oo

Vi du 10: Phuong trinh tiép tuyén cta dd thi ham sé y = al tai diém co tung d6 bang -3 la:

x+2
A, y=3x+2 B. y:5(x+1) C. y=3x+5 D. y=5x+2
Loi gidgi
- xX#-=2
Giai 2= 34 ex=-1.Laico f'(x)=——= f'(-1)=5
x+2 2x-1=-3x-6 (x+2)

Phuong trinh tiép tuyén la: y =5(x+1)-3=5x+2. Chen D.

Vi du 11: Tiép tuyén cia dd thi ham sb y=x"+2 tai thoi diém c6 hoanh d0 x=—1 cét truc hoanh tai

diém.




A. A4(0;-1) B. A(—%;Oj C. A(—%;Oj D. A(—%;O]

Loi gidi

Taco: x=-1;y=3;)'(~1)=—4. Do d6 phuong trinh tiép tuyén la: y =—4(x+1)+3=-4x-1(d).

Do do dmOx:A(_Tl;Oj. Chon D.

Vi dy 12: Cho ham s6 y =2x* —3x* +1(C). Khodng cach tir goc toa do O dén tiép tuyén cua (C) tai diém

c6 hoanh @6 x =1 la:

A.d= B.d=_ C.d:

2 1
J5 5 V5

Loi gidi
Tacé x=1=y=0;f'(1)=8-6=2. Do d6 phuong trinh tiép tuyén 1a y=2(x-1)(d).
: 2
Dod6 d:2x—y—2=0 suyra d(0;d) =5 Chon A.
Ch y: Bai toan nay yéu ciu cac em ghi nhd cong thirc khoang cach tir mot diém dén mot duong thang.

i ) , +by, +
Khoéng céach tir diém M (x,;y,) dén duong thang d :ax+by+c=0 la: d :—|ax0 - Y - C| -
va +b

Vi dy 13: Cho ham s6 y =x" +mx(C). Tim gié tri ciia tham s6 m dé khoang céch tir gbc toa dd O dén tiép

tuyén tai diém c6 hoanh do x=1 cta (C) bang V2 la:

m=-4 m=-5 m=-4 m=-2
A. B. C. .

=)

Loi gidi

Véi x,=1=> y, =1+m; f'(1)=3+m. Phuong trinh tiép tuyén 1a: y =(m+3)(x—1)+m+1(d)

-m—3+m+1 =4
d(O;d):M=\/§<:>(m+3)2 +1=2 @[m _Chon C.

2 m=-2
(m+3)" +1

Dang 2: Viét phwong trinh tiép tuyén Kkhi biét h¢ s6 goc
Phwong phap giai:
Dé viét phuong trinh tiép tuyén cta do thi ham s6 y = f(x)(C) khi biét hé s6 goc 1a k

Giai phuong trinh k = f'(x) = = y(x,) = Phuong trinh tiép tuyén.




Chu y: Cho 2 dudng thang d,:y =k, x+b, va d,:y =k,x+b,
Khi d6 k,,k, lan luot 1a hé sb goc clia cic duong thang d, va d, .

A kl k2
*Néu d,//d,
b #b,

“Néud, Ld, < k.k,=-1

= Duong thang d : y = kx+b tao véi truc hoanh mot goc o thi k =+tana.

L 4 r 1 . /4 —1 X
Vi du 1: Viét phuong trinh tiép tuyén ctia do thi ham s6 y = al 5 biet:
x —
a) Tiép tuyén co hé sd goc 1a k=—1.
b) Tiép tuyén song song v6i dudng thing y = —4x+5.
¢) Tiép tuyén vudng goc v6i dudng thing y=9x+2.
Loi gidi
r -1
Taco: y' = 5
(x=2)
. £ A s1a A 4 R , -1 X =
a) Do ti€p tuyén co h¢ s6 goc k =-1 nénta cé: ——=-1< [
x—=2) x=

Véi x,=3= y, =2 = phuong trinh tiép tuyén la: y=—1(x-3)+2=-x+5.
Véi x,=1=> y, =0=> phuong trinh tiép tuyén la: y=—(x—1)=—x+1.

-1

b) Do tiép tuyén song song voi duong thang y =—4x+2 = k,=—4< ( )2 =—4
x=2
5
xX=—
N (x—2)2 =— & i
xX=—
2

Véi x, = % = y, =3 = phuong trinh tiép tuyén la: y = —4@—%} 3=—4x+13

Véi x, = % = y, =—1= phuong trinh tiép tuyén la: y = —4[x —%) —1=-4x+5 (loai vi trung voi duong

thang di cho)
Vay phuong trinh tiép tuyén 1a y =—4x+13.

¢) Do tiép tuyén vudng goc voi duong thang y =9x+2 suy ra k k,=-1< ==




x=5

@(x—2)2:9<:>{x:_1.

Voéi x, =-1=y, =§:> phuong trinh tiép tuyén 1a y = —é(x+1)+§=?x+—.

Vi dy 2: Cho ham sé: y=2"1(C)
x+1

a) Viét phuong trinh tiép tuyén ctia (C) biét tiép tuyén vudng goc véi duong thing d :x+2y+1=0.

b) Viét phuong trinh tiép tuyén cua (C) biét tiép tuyén song song voi dudng thang d,:x—2y—1=0.

Loi gidi
Goi M (x,;,)€(C) latiép diém.

1 1

a)Tacc’):d:y=_7x—5:>kd=—%:>ku=2.Khid() V'(x,)= =2

(x, +1) Xy =2

Véi x, =0= y, =—1= Phuong trinh tiép tuyén 1a: y =2x—1

Véi x,=-2= y, =3= Phuong trinh tiép tuyén 1a: y=2(x+2)+3=2x+7

1 1
b)Taco: d :y=—x——
) 12y > 5

x, =1
2 :l<:> o

Do tiép tuyén song song voi duong thiang y =20x+1=> k,= y'(xo) = 5 )
(x,+1)° 2 X, =-3

Véi x, =1= y, =0= Phuong trinh tiép tuyén la: y = %(x —1)=d (loai)

Véi x, =3 =y, =2 = Phuong trinh tiép tuyén la: y=%(x+3)+2=%x+%.

Vi du 3: Phuong trinh tiép tuyén ctia d6 thi ham s6 y = x* —3x* +2 ¢6 hé s6 goc k =3 la:

A. y=-3x+3 B. y=-3x+2 C.y=-3x D. y=-3x-3

Loi gidgi
Tacé: y' =3x" —6x. Giai ?;xz—6x=—3<::>3(x—1)2 =0 x=1.

Véi x=1=> y=0= Phuong trinh tiép tuyén: y =-3(x—1). Chen A.

, \ . A A 1t 1y I x+1 .. .« £ L \ 2
Vi du 4: Phuong trinh ti€p tuyén ctia do thi ham s6 y = o biét tiép tuyén song song vdi duong thang
x_

d:2x+y-7=0 la:
A, y=-2x-3 B. y=-2x+3 C. y=-2x+1 D. y=-2x-1




Loi giai

. -2 x=2
Taco:d:y:—2x+7;y’:—2:—2<:>[ :
(x-1) x=0

Véi x=2= y=3=> Phuong trinh tiép tuyén: y=-2(x-2)+3=-2x+7=d (loai).

Véi x =0= y =—1= Phuong trinh tiép tuyén: y =—2x—1. Chon D.

Vi du 5: Tiép tuyén ctia d6 thi ham sé y = x* + x> —5 ma vudng goc voi duong thing x+6y+1999 =0 la:

A. y=6x-9 B. y=6x-6 C. y=—6x+9 D. y=—6x+6
Loi gidii
, -1 1999 £ £ R g g oA -1
Ta co: y:?x—T(d). Do ti€p tuyén vudng goc véid nén k, .k, =—1=>k, :k—:6.
d

Gidi y'=6<4x’+2x=6<>x=1=>y=-3= Phuong trinh tiép tuyén la: y=6(x—1)-3=6x-9.

Chon A.

Vi du 6: Tiép tuyén cia dd thi ham s6 y = tai diém c6 hoanh d6 x =—1 c6 hé s6 goc 1a:

- X
A.l B.7 C.Z D.l
9 9
Loi gidgi
. 7 , 7
Tacod: y' = -=)'(-1)=—=k. Chen C.
(2-x) 9
Vi du 7: Tiép tuyén cua do thi ham sé y = X_T tai diém c6 hoanh do x =—2 c6 hé s goc 1a k =3. Gia tri
X+
ctia tham sb m 1a:
A.m=4 B. m=-4 C.m=-2 D. m=2
Loi giai
1
Ta c6; y'=( +m)2 = y/(~2)=1+m=3<>m=2. Chgn D.
x+1

Vi du 8: Tiép tuyén cua d6 thi ham s6 y =x’ —4mx> +3x+2 tai diém c6 hoanh d6 x=1 co hé sb goc
k =-2 . Gi trj ctia tham sb m 1a:

A. m=1 B. m=-1 C.m=-2 D. m=2

Loi gidi

Taco: y'(1)=3-8m+3=-2<m=1.Chon A.

Vi du 9: Cho ham sé y = x* —2x? —3. Viét phuong trinh tiép tuyén ctia @6 thi ham s6 biét tiép tuyén song

song voi duong thing y =24x—1.




A. y=24x-48 B. y=24x-21 C. y=24x-45 D. y=24x-43

Loi giai
Do tiép tuyén song song voi duong thiang y = 24x—1 suy ra k, =24
Khidé y' =4x’ -4x=24 > x=2=y=5.

Phuong trinh tiép tuyén la: y =24(x—2)+5=24x-43. Chen D.

Vi du 10: Viét phuong trinh tiép tuyén ctia d6 thi ham s6 y = x* +3x% —3 biét tiép tuyén vudng goc véi

duong thang y = —?x +1.

y=9x-8
A. y=9x-8 B. y=9x+24 C. y=9x+10 D.
y=9x+24
Loi gidi
Do tiép tuyén vudng goc voi y :%C+l nén k, :;—1:9
d
e 5 x=1
Gia1 y' =3x"+6x=9<
x=-3
Véi x=1=> y=1=> Phuong trinh tiép tuyén la: y=9(x—1)+1=9x-8
Véi x=-3=> y=-3= Phuong trinh tiép tuyén la: y =9(x+3)-3=9x+24
Vay c6 2 phuong trinh tiép tuyén 13 y =9x—8;y =9x+24. Chon D.
, -4 \ - X A 3x+2 4z £ . \ 2
Vi du 11: Viét phuong trinh ti€p tuyén cua (C ): y= biét tiép tuyén song song voi duong thing
x_
Sx+y+2=0.
A, y=-5x-2 B. y=-5x+18 C. y=-5x+10 D. y=-5x+12
Loi gidi

oy e b

Véi x =0= y =—2 = Phuong trinh tiép tuyén la: y =-5x—2 (loai).

Tacod: d:y=-5x-2=k, =-5.Gidi y'=

2

Véi x=2= y=8=> Phuong trinh tiép tuyén la: y=-5(x—2)+8=-5x+18. Chen B.

Vi dy 12: Cho ham s6 y =x" +2mx+2(C). Tim gia tri ctia tham s m biét tiép tuyén ctia (C) tai diém c6
. . 1
hoanh d§ x =-1 vuong goc voi dudong thang y = Ex +3.

A.m=-5 B._—5 C.i D.5
2 2

Loi gidi




Taco: k, = y'(—1)=3+2m. T gt :>(3+2m)%:—1<:>3+2m:—2<:>m:_75.Ch()n B.

Vi dy 13: Cho ham s6 y =—x’+2mx” +n(C). Tim tong m +n biét tiép tuyén cua (C) tai diém 4(1;3) c6

hé sd goc la k=1.

A.2 B.3 C.4 D.5

Loi gidi
Ta co: y':—3x2+4mx:>y'(1)=—3+4m=1<:>m=1

Mt khac diém 4(1;3)€(C) nén 3=—1+2m+n=n+1<n=2.Vay m+n=3. Chon B.

X+m

Vi du 14: Cho ham s6 y= (C). Biét tiép tuyén cta (C) tai diém A(2;-4) song song vé6i dudng

xX+n

thang y =—5x+2017. Vay gia tri cia 2m—n la:

A.2 B.3 C.5 D.7
Loi gidi
_4=m+2 m=-4n-10 m=—4n—10
e A n+2 n:—3
Giai hé n—m &3 5n+10 _ 59 1 | & 5 =2m-n=7.
y’ 2 = :—5 2 = — m =
(2) (n+2)2 (n+2) n+2
Chon D.
Vi dy 15: Cho ham sé6 y=""""(C). Biét (C) di qua diém 4(1;-3) va tiép tuyén cita (C) tai diém co
x_

hoanh @6 x =3 c6 hé s6 goc k =—5. Gia tri ctia biéu thirc m” +n” bang:

A.5 B. 10 C.13 D. 25
Loi giai
y_mn
e A 1-2 m+n=3 m=2 ,

Giai hé 5 = = =>m +n =5.
(3\=_EM""_ 5 2m+n=>5 n=
y'(3) ;

(3-2)
Chon A.

Vi dy 16: Cho ham s6 y=x"+mx’+nx(C). Tim gi tri cia m’+n° d¢ do thi ham s6 di qua diém
.z L n e e e . -1
A(—I;S) va tiép tuyen tai di€ém c6 hoanh do x =1 vudng goc voi dudong thang y = ?x +2.

A.5 B. 10 C.20 D. 25

Loi gidi




m=2

m—-n=6
=N = m’+n”>=20. Chon C.
)=3 |n=-4

Giai hé 1

V(1)

5=-1+m—-n
=
=]

(3+2m+n

Vi du 17: Tim tat c4 cac gia tri cia tham s6 m dé c6 2 tiép tuyén ctia do thi ham s6 y=x’ +3mx> +2 co

cung hé sb goc k =-3.

m>1
A. —-1<m<l B. -1<m<l1 C.{ D. m=+1
m<—1

Loi gidi
Dé c6 2 tiép tuyén thi phai c6 2 tiép diém phan biét. Gia str hoanh db tiép diém 1a x=a.
Khi d6 ta c6: y'(a)=3a’+6ma=-3<a’+2ma+1=0.

. . . m>1
Pk ¢ 2 tiép tuyén c6 cung hé s6 goc k =-3 la: A(l) =m’ -1 >0<:{ . Chon C.
m<—

. 4 4 I4 14 2 . 7 2
Vi du 18: Goi d 1a tiép tuyén c6 hé so goc nhd nhat cua do thi ham s6 y :§x3 —4x* +9x—11. Puong

thang d di qua diém nao dudi day?

A. M[—S;gj B. P(S;—zj C. N[2;—§j D. Q(—Z;éj
3 3 3 3

Loi gidi
Taco y:§x3—4x2+9x—11—>y':2x2—8x+9,VxeR.
Hé s6 géc ciia tiép tuyén d ciia dd thi ham s6 tai M (x,;,) 1a k=y'(x,)=2x; —8x, +9.
Mit khdc 2x; —8x, +9=2(x; —4x, +4)+1=2(x,-2) +121= k,, =1.

Dau bang xay ra khi (x0—2)2 =0 x,=2=y, =_13_1_

Vay phuong trinh d 1a y+%=x—2<:>y:x—%:>P(5;—§jed.Chqn B.

ax+b

Vi dy 19: Cho ham s6 y = (C) co bang bién thién nhu hinh v&. Biét tiép tuyén ciia (C) tai giao

cx—1

diém cta (C) véi truc tung song song voi dudng thang y =2x+2018.




+00 -3

-3 —00

Gia tri ctia bié thitc 7T =a +2b+3c la:

A.T=3 B.7T=1 C.T=3 D.T=2

Loi gidi
Do d6 thi ham sb c6 tiém can dimg x =1 va tiém cin ngang y = —3
. -3x+b 3-b
Do d6 ham s6 c6 dang: y=—>"" = /= =)'(0)=3-b

P P

Do tiép tuyén song song v&i duong thang y =2x+2018=3-b=2<b=1.

Vay a=-3;b=1;c=1=T=2. Chon D.

Vi dy 20: Cho ham s6 y =2

3 (C).Piém M (x,;¥,) (v6i y, >0) thudc sao (C) cho tiép tuyén tai M ct
y_

cac truc Ox, Oy 1an luot tai A va B sao cho AB = 5.0A\/§ . Gia tri cua 2x, + y, la:
A. 16 B. 17 C.18 D. 19

Loi gidi

—— OB AB*-04 7

Ta c6: AOAB vuong tai O ta c6: tan BAO = Od

04
Goi k13 hé sb goc cua tiép tuyén ta co: k=47 .
Goi M| v 2 | =y () = =47 o (5, -3) =1 |
X =3 (x,—3) X, =2

Suyra M (4;8)= T =16. Chon A.

Dang 3: Viét phwong trinh tiép tuyén biét tiép tuyén di qua mét diém

Phwong phap gidai:

Cach viét phuong trinh tiép tuyén ctia do thi ham s biét tiép tuyén di qua B(a; )
Goi A(xy;/(x,))e(C).

Khi d6 phuong trinh tiép tuyén tai diém 4 cua (C) 1a y = f"(x,)(x—x,)+ £ (x,)(d).

Mt khac d di qua B(a; ) nén S = f"(x,)(a—x,)+ f(x,) tir do giai phuong trinh tim x,.

Vi du 1: Cho ham sb: y = xX+2

: (C). Viét phuong trinh tiép tuyén ctia (C) biét tiép tuyén qua A(1;7).
y_

Loi giai




X, +2

S(x—x,)+ o Tiép tuyén qua A(1;7).
X, —

Do vy 7= (1mx)+ 025 % g f)=x 45 e x, =2.

(x0—1)2 xo—l xo—l

Phuong trinh tiép tuyén la: y = —3(x - 2) +4 hay y=-3x+10.

Vi dy 2: Cho ham s6 y =x*+2x* +5(C). Viét phuong trinh tiép tuyén cta (C) biét tiép tuyén di qua goe

toa do.
A. y=4x hodc y=-4x B. y=-2x hoac y=2x
C. y=8x hoac y=-8x D. y=4x-4 hoac y=4x+4

Loi gidi
Phuong trinh tiép tuyén tai diém M (xo; xg + 2x§) la y= (4x§ +4x, )(x —x, )+ X, +2x; +5(d)

n 4 2 %o X .4 £ y=8x
Do 0(0;0) €d nén 0=-3x, -2x, +5< . = phuong trinh tiép tuyén: - Chon C.
xO = — y = —3X

Vi du 3: Cho ham s y = 2)hLl(C). Viét phuong trinh c4c tiép tuyén ké tir diém 4(2;-8) dén do thi (C).
x_
A. y=-5x+2 B. y=-5x+8 C.y=-3x+2 D. y=-3x+8
Loi gidi
. . . 2x, +1 -5 2x, +1
Phuong trinh tiép tuyén tai diéem M| x;;—>— | 1a y=——(x—x, ) +—>—(d
8 piuyen i [ ‘ xo—2j d (x0—2)( 0) xo—2( )

—5(2—x0)+2x0+1_2x0+6
(x0—2)2 X0—2 XO—Z

Do A(2;-8)ednéntacd: —8= < x, =1

Do vay phuong trinh tiép tuyén 1a: y =-5(x—1)—3=-5x+2. Chen A.

Vi du 4: Cho ham s6 y =x’-3x(C). Viét phuong trinh tiép tuyén cua (C) biét tiép tuyén di qua diém
A(2:2).

A. y=9x-16 B. y=2 C. y=2 hodc y=9x-16 D. y=9x-18

Loi gidi
Goi M (xo;xg - 3x0) 1 tiép diém. Phuong trinh tiép tuyén 1a y = (3x§ — 3)(x —x, )+ X5 —3x,

X, ==1=y,=2

Do tiép tuyén di qua 4(2;2) nén 2=(3x; -3)(2—x,)+x, —3x, @Lo 2m =2

y=2

Do vay phuong trinh tiép tuyén 1a:
W PIonS PR ) —9(x-2)+2=9x-16

. Chon C.




Vi du 5: Cho ham s6 y =4x’ —6x” +1(C). Viét phuong trinh tiép tuyén cta d6 thi ham sd biét tiép tuyén

di qua diém M (-1;-9).

15 21
A. y=24x+15 B. y=—x+—
y Y= Nt
C. y=24x+15 hoac y:1—5x+2 D. y=1—5x+2 hodac y=24x+11
47 4 47 4
Loi gidgi

Phuong trinh tiép tuyén tai diém 4 (x0;4x3 —6x; + 1) la:

y:(12x§ —12x0)(x—x0)+4x3 —6x, +1(d)

5
Cho M (~;-9) ed tacd: -9=(12x3 ~12x,)(~1-x,) +4x; ~6x3 +1 | " 4 .

x,=—1
V6i x, =—1= Phuong trinh tiép tuyén la: y =24x+15

Vi x, = _75 = Phuong trinh tiép tuyén la: y = %x —%. Chon C.

Vi duy 6: Phuong trinh tiép tuyén cuia dd thi ham s6 y =x* —4x+1(C) biét tiép tuyén di qua diém A4(-2;1)

la:
A. y=—-x—1 hodc y=8x-17 B. y=—x+1 hoac y =8x—-17
C. y=—x+1 hodc y=-8x-17 D. y=—x-1 hodc y=8x+17

Loi gidi
Phuong trinh tiép tuyén tai diém M (xo;xg —4x, + 1) la: y= (3x§ —4)(x—x0)+ x, —4x, +1
Cho tiép tuyén qua A4(-2;1) ta c6:

x, =1
1=(3x; —4)(-2-x,)+x; —4x, +1 & -2x; —6x; +8=0 | "’ )
X, =—

Do vy ¢6 2 phuong trinh tiép tuyén la: y=-x—1, y=8x+17. Chon D.

Vi du 7: Cho ham s6 y=x’—2x+3(C). Phuong trinh tiép tuyén tai diém x=2 cua (C) di qua diém
A(a;a+2). Gia tri cia a la:

A. a=1 B.a=-1 C.a=3 D. a=-3

Loi gidi
Taco: x=2;y=3; f'(2)=2. Tiép tuyén tai diem M (2;3) 1a: y=2(x-2)+3=2x-1(d).

Do Aed nén a+2=2a-1< a=3.Chgn C.




Vi du 8: Cho d6 thi (C):y=x’—3x’. C6 bao nhiéu s6 nguyén b € (-10;10) dé c6 diing mot tiép tuyén cua
(C) di qua diém B(0;0)?
A. 15 B.9 C.16 D. 17

Loi gidi

2

Phuong trinh tiép tuyén ctia (C) tai M (xo;xg —3x§) c6 dang: y = (3x§ —6x, )(x —x, )+ X, =3
Do tiép tuyén di qua diém (0;0) = b= (3x§ — 6x0)(—x0 )+ Xg —3x5 =—2x, +3x;
Dé c6 dung mét tiép tuyén cua (C) di qua B(0;b) thi phuong trinh b=-2x; +3x; ¢6 duy nhat mot

. x=0=>y=0
nghiém. Xét ham s y=—2x° +3x% = ' = 63"+ 6x =0 <= 4
x=l=y=1
b>1

Dua véao d6 thi ham sd suy ra PT c6 1 nghiém khi {b 0
<

Vay be (—10;10) c¢6 17 gia tri nguyén ctia m thoa man yéu ciu bai toan. Chon D.

Vi du 9: Cho ham s y = 2 c6 dd thi (C) va diém A(a;1). Goi S 1a tp hop céc gid tri thuc cua a dé

x —
c6 diing mot tiép tuyén cua (C) ké qua 4. Tong gid tri cac phan tir clia S 1a:

5

A.l B.i C. -
2 2

N |~

Loi gidi

.2 ; . e —X,+2
Phuong trinh tiép tuyeén cua (C) tai diém M (xo; adl ] la:
X,

xo+2: 1
xo_l (Xo—l)

y=r(x%)(x=x)+

~(x—x,)+

xo—a+(2—x0)(x0 —1)

Do tiép tuyén di qua diém A(a;1) nén 1=

< (x, —1)2 =—x, +4x,—2—a < 2x; —6x,+3+a=0(*)
Dé c6 dung mot tiép tuyén di qua A thi (*) c6 nghiém kép hodc (*) c6 2 nghiém phan biét trong d6 c6 mot
A'=3-2a=0 3
nghiém x, =1 | (A'=3-2a>0 <|“ " 2.ChenC.
2.1-6+3+a=0 |a=1

Vidy 10: Cho ham s6 y = f(x)=—x"+6x"+2 c6 d thi (C) va diém M (m;2). Goi S la tap hop céc gia

tri thyc ctia m dé qua M c6 hai tiép tuyén voi dd thi (C). Tong céc phén tir cua S 1a




Loi gidi
Goi A(a;—d’ +6a> +2)e(C)
Phuong trinh tiép tuyén cta (C) tai 4 1a: y=(-34" +12a)(x—a)—d’ +6a> +2
Do tiép tuyén di qua M (m;2) nén 2=(-34" +12a)(x—a)—a’ +6a> +2

a=0
(-3¢’ +12)(m-a)=a’ - 6a’ @{(_3a+12)(m_a):a2_6a(*)
(*) = 3ma—12a+12m+3a’ =a’ —6a < g(a)=—2a’ +3(m+2)a—12m =0
Dé qua M c6 hai tiép tuyén véi d6 thi (C) ta c6 2 trudng hop.
g(0)=-12m=0 m=

TH1: g(a)=0 co nghiém kép khac 0 < , &
A=9(m+2)" —96m =0

2
3
m=6

TH2: g(a)=0 c6 2 nghiém phan biét trong d6 1 nghiém bang 0 (v6 nghiém)

Vay m=%;m=6:>2m=?.€hqn A.

Vi dy 11: Cho ham sé y=""1 ¢6 db thi (C) vadiém A(0;m). Goi S 1a tap hop tat ca cac gié tri thuc cla
x_

m dé c6 dung mot tiép tuyén tir (C ) di qua A. Tong tat ca gia tri ciia phan tir S bang

A. 1l B. -1 C.0 D. —l
2
Loi gidi
: a+l X . X £ . \ -2 a+1
Goi M| a;—— |e(C), phuong trinh tiép tuyen tai M 1a: y = S(x—a)+—
a—1 (a—l) a—1
- A e . 2 2a a+l1
Tiép tuyén di qua diém A(0;m)=m = ~+
(a—1) a-1

azl a#l .
g m(a—l)2:201+az—1<:> g(a)z(m—l)a2—2(m+1)a+m+1:0()
Dé c6 diing mot tiép tuyén tir (C) di qua A ta xét cac trudng hop sau:

THI1: Véi m:1:>—4a+2:0<:>a:%




TH2: Do g(1)=-2 nén dé c6 ding mot tiép tuyén tir (C) di qua 4 thi g(a) c6 nghiém kép

m#1
=-1.Va =0. Chgn C.
Q{A’:(m+l)2—(m+1)(m—1)=0<:>m By 2 "

Vidy 12: Cho ham s6 y =x"—12x+12 ¢6 d thi (C) va diém A(m;—4). Goi S la tap hop tat ca c4c gia tri
thuc clia m nguyén thude khoang (2;5) dé tir 4 ké dugce ba tiép tuyén véi d6 thi (C). Tong tat ca cac phan

tir nguyén ciia tap S bang

A.7 B.9 C.3 D. 4

Loi gidi
Goi M (a;a’~12a+12)&(C), phuong trinh tiép tuyén tai M la:

y=(3a’-12)(x—a)+a’ ~12a+12

Tiép tuyén di qua diém A(m;—4) khi ~4=(3a’ -12)(m—-a)+d’ -12a+12

& a’-12a+16+3(a-2)(a+2)(m-a)=0< (a-2)[(a+4)(a-2)+(3a+6)(m—a)]=0

& (a-2)(-24" +2a+3ma—6a-8+6m)=0
a=2
< g(a):—2a2+(3m—4)a+6m—8=0

Dé tir 4 ké dugc ba tiép tuyén v6i do thi (C) khi g(a)=0 c6 2 nghiém phan biét khéc 2

4
2(2)=-8+6m-8+6m-8=0 ||™>3
B s =3;4=> m=7.Chon A.

2 < -4
A=(3m—4) +8(6m—8)>0 m<
m#2

Vi dy 13: Cho y="" c6 db thi (C). Goi 4 1a diém trén d:y=2x+1 c6 hoanh do a ma tir 4 ké dugc

x—1

hai tiép tuyén t6i (C). Khang dinh nao sau day dang?

A. a e(—l;2)\{0;1} B. a e(—l;Z)\{O} C.a e(—2;2)\{1} D. ae (—2;2)\{0}

Loi gidi

Goi A(a;2a+1), goi M(xo;xo +T]6(C)
X, —

Phuong trinh tiép tuyén tai M 1a: y = _—42( xX—X, ) + 2 +3
(x0 — 1) x,—1

(a—x0)+x°+3

Do tiép tuyén di qua diém A(a;2a+1) nén 2a+1= |
xo -

(% _1)2




X %1 Xo #1
& =S
(2a+1)(x, -1)" =—da+4x, +x2 +2x,-3  |g(x)=ax; —2(a+2)x,+3a+2=0
Dé tir 4 ké duoc hai tiép tuyén téi (C) thi phuong trinh g(x,)=0 c6 2 nghiém phan biét khéc 1.

a#0
(1) 4a+4+#0 G (12)\{01} Chon A
= =—4a+4+ = Sae(-1; ;11 . Chon A.
g s 2a*+2a+4>0
A'=(a+2) -3a>-2a>0
Dang 4: Tiép tuyén véi bai toan twong giao
Phwong phap gidai:

Viét phuong trinh hoanh d¢ gitta d6 thi ham sé y=f(x)(C) va dudng thing d:y=ax+b. Goi

A(x;;ax, +b) 1a toa d6 giao diém khi d6 &, = f'(x,) 1a hé s6 goc cua tiép tuyén ctia (C) tai diém A.

—x+1

Vi du 1: Cho ham s6 y = (C). Chimg minh ring v6i moi m dudng thing d:y=x+m ludn cit do

x—1
thi (C) tai hai diém phan biét 4, B. Goi k,,k, lan lugt 1a hé s géc cua tiép tuyén véi (C) tai 4 va B. Tim

m dé tong k, +k, dat gia tri 16n nhat.

Loi gidi

*l :x+mc>(x+m)(2x—l):—x+l (Do x=% khong phai 1a
X

Phuong trinh hoanh dé giao diém 1a:

nghiém) < 2x* +2x-m—1=0(*).

Tacod: A'=m’+2m+2>0(VxeR)=d ludn cit (C) tai 2 diém phan biét.

X +x,=-1
Got x,,x, 1a nghiém cua phuong trinh (*) theo dinh 1y Vi-ét ta co: —m—1
x|x2 :T
- 4(x,+x,) —8xx, —4(x, +x,)+2
Khi dé k+x, = —— L ___ (5 +x) —8xx, —4(x %)
(2x1 —1) (2x2 —1) [4x1x2 —2()61 +x2)+1]

=—4m* ~8m—6=—4(m+1)" ~2<-2.

Do d6 k, +k, dat gid trj 16n nhat <> m=—1.

Vi du 2: Cho ham s6 y =x"+4x” +3(C). Viét phuong trinh duong thang d qua 4(0;3) va cét (C) tai 3

diém phan biét 4, B, C sao cho cac tiép tuyén tai B, C vudng goc v6i nhau.

Loi gidi

Phuong trinh dudng thing d 1a: y = kx+3




o , x,=0= 4(0;3)
Phuong trinh hoanh d9 giao diém 1a: x° +4x* +3=kx+3 < ,

g(x)=x"+4x-k=0
Dé d ¢t (C) tai 3 diém phan biét < g(x)=0 c6 2 nghiém phan biét khac 0

= S02k>-4
k#0

{A' =4+k>0
Khi d6 goi, B(x;kx, +3), C(x,;kx, +3) =k = y'(x,) =3x] +8x,,k, =3x; +8x,
Dé cac tiép tuyén tai B, C vudng goc véi nhau < k, .k, = —1

© x,.%, (3%, +8)(3x, +8) =1 & x,.x, (9x,x, + 24 (x, +x,) + 64) =—1

—16++/
<:>—k(—9k—32):—1<:>9k2+32k+1:0@k:¥ (théa man)
— + _ +
Vay k = 16 £/247 —diy= 16_\/247x+3.
9 9
Vi du 3: Goi k, va k, lan lugt 12 hé sd goc cua tiép tuyén tai cac giao diém cua (C) (Y= X1 va dudong
x_

thang d : y =2x+1. Gia tri cia k, +£, la:

A.5 B. 10 C.20 D. 30
Loi gidgi
, — x#2 +
Phuong trinh hoanh d¢ giao diém la ad 1=2x+1c> 5 S x= 2_\/6
x—2 2x"—4x-1=0 2
Mat khac ta co: y':_—12:>k1+k2:y' 2+6 +y' & =20. Chon C.
(x—2) 2 2

Vi du 4: Tim gia tri ciia tham s& m dé d6 thi ham s6 y = x* —2mx cat duong thing y =—1 tai 2 diém phan
biét 4, B sao cho tong hé sb goc tiép tuyén cta (C) tai 4 va B bang 4.

A.m=2 B. m=-2 C.m=-3 D. m=3

Loi gidii
Phuong trinh hoanh d6 giao diém 1a x* —2mx+1=0

. . , X, +x,=2m
Dk cit tai 2 diém phan biét 1a: A’=m’ —1>0. Khi d6 x,;x, la hoanh d¢ giao diém thi { b

xx, =1

Laico y'=2x—-2=)'(x)+)'(x,)=2x,—2+2x,-2=4m—4=4< m=2. Chon A.

Vi dy 5: Cho ham s6 y =x’—3(m+1)x" +3mx+2(C). SO céc gié tri cia m dé (C) cét truc Ox tai 3 diém

phan biét 4(1;0), B, C sao cho tiép tuyén tai B va C cua (C) song song véi nhau.




Al B.0 C.2 D.3

Loi gidi
Phuong trinh hoanh d¢ giao diém 1a: x* —3(m+1)x* +3mx+2=0

x=1

<:>(x—1)(x2—(3m+2)x—2)=0<:>{g(x):xz_(3m+2)x_2:O

+) D¢ (C) cat Ox tai 3 diem phan biét < g(x)=0 c6 2 nghiém phan biét khac 1.

(*)

A=(3m+2)2+8>0
=
g(1)=-3m-3%0

X +x,=3m+2

Khi d6 goi, B(xl;O),C(xz;O):{ (x, #x,)

xXx, =—2
Taco: k =y'(x)=3x} —6(m+1)x,+3m,k, = y'(x,) =3x; —6(m+1)x, +3m
Do tiép tuyén tai B va C song song nén ta c6: k, =k, < x} =2(m+1)x, =x; —2(m+1)x,

<::>(xI —xz)(xl+x2—2m—2):O<:>x, +x,=2m+2<3m+2=2m+2 < m=0 (t/m). Chon A.

Vi du 6 [Pé thi THPT QG nim 2018]: Cho ham s6 y =%x4 —%xz c6 dd thi (C). C6 bao nhiéu diém

Ae(C) sao cho tiép tuyén ciia (C) tai 4 cit (C) tai hai diém phan biét M (x;;y,), N(x,;,) (M, N khac
A) théa man y, —y, =6(x,—x,)?

A. 1l B.2 C.0 D.3

Loi gidi
Tir gia thiét ta duoc dudng thang MN cé mdt vecto chi phuong ﬁ(l; 6).

Suy ra hé s6 goc cua dudng thang MN bang 6.

X, =3
Goi A(xy;y,) taco: f'(x))=6<x;—Tx,=6<| x, =—1.
X, =—2
117 11

Ta dugc cac phuong trinh tiép tuyén twong Gmg 13 y = 6x i y=6x+ 7 y=6x+2.

Kiém tra dicu kién cat tai 3 diém
7

Ta xét phuong trinh %x“ —%xz =6x+m& g(x):ix4 —Exz —6x:m(*).

x=3
Khi d6 g'(x)=0< x’ —7x-6=0< | x=—1. Ta dugc bang bién thién sau:

x=-2




y'(x) - 0 + 0 - 0 +

11
+00 ? +00
o \ / \ /
: 117
4

Dua vao BBT suyra m = %, m =2 thi phuong trinh (*) c6 ba nghiém.

Vay c6 hai diém A4 thoéa man yéu cau bai toan. Chon B.

Vidy 7: Cho ham s6 y = x* +3mx” +2x(C). Biét tiép tuyén cua (C) tai céc diém c6 hoanh do x, va x, c6
cting hé s6 goc k =5. Biét x7 +x2 =10 gia tri ctia m la:

A m=+1 B. m=+2 C. m=+2 D. m=+3

Loi giai
3x} +6mx, +2=5

Taco y'(x)=)(x,)=5< . Khi d6 x;;x, 1a nghi¢ém cia phuong trinh
3x; +6mx, +2=5

5 . X . X +x,=-2m
3%’ +6mx+2=5 hay x* +2mx—1=0(m’ +1>0). Theo Vi-ét ta co:

xx, =-1

Lai co x> +x2 =(x +x,)’ —2xx, =4m*> +2=10 < m = +/2. Chon B.

Vi dy 8: Cho ham s6 y =x’ —3mx’ +3(m+1)x(C). Sé céc gia tri nguyén clia m dé trén (C) ton tai 2 diém
M (x;;3,),N(x,;»,) phén biét sao cho tiép tuyén tai M va N cung vudng géc voi duong thing

d:x=3y+2=0va Jx, +x, =25.

A. 1l B.2 C.0 D.3

Loi gidi

Viét lai d:y=%x+§. y' =3x> —6mx+3(m+1)

=-1 nén x;x, la nghiém cta PT: x* —2mx+m+1=—1

W | —

=-1, y'(x,).

Ta co: y’(xl)%

<:>x2—2mx+m+2=0(1)

Dé ton tai 2 diém M, N thoa min yéu cau bai toan thi phuong trinh (1) ¢6 2 nghiém phén biét duong




AN=m>-m-=2>0
=<2m>0 Sm>2.
m+2>0

Khi d¢ ta co: {xl T :2m:>(\/x71+\/g)z =X +X, +24/x,x, =2m+2Vym+2 =20

Xx,=m+?2

m<10
= < m=7 (tm). Chon A.
m+2=(10-m)’ (tm). Che

Dang 5: Tiép tuyén ciia ham s6 hop

Vi dy 1: Cho ham s y = f(x)(C) xéc dinh trén R va thoa man f° (1-x)+ f(1-x*)=x+1. Viét phuong
trinh tiép tuyén ctia (C) tai giao diém ciia (C) véi truc tung.

A. y:x—% B. y:—%x+1 C.y=x-1 D. y=—x+1

Loi gidi

Ta co: ( MOy tai diém c6 hoanh @6 x=0.

)
{ (0)=a , thay x=1 vao gia thiétta cé: f*(0)+f(0)=2=da’+a=2<a=1

£'(0)=b’

Pao ham 2 vé biéu thirc f3(1—x)+f(1—x2):x+1 ta duoc: —3f2(l—x)f’(l—x)—Zx.f'(l—xz):1(*)

Thay x =1 vao biéu thic (*) ta c6: —3a’h—2b=1—"5-3b-2b=1<b= —%

,, s 1
Vay phuong trinh tiép tuyén can tim la: y = —gx +1. Chon B.

Vi dy 2: Cho ham s6 y = f(x)(C) xéc dinh trén R va théa man f* (2—x)+x=3+3x.f(x). Viét phuong

trinh tiép tuyén ctia (C) tai diém c6 hoanh d§ x =1.

A. 3 B.| 3 3 C. 3 D. 3
YT R YT YT
Loi gidi

a=-1

a=2

bt {f(l):a
f'(1)=b

Dao ham 2 vé biéu thirc f*(2—x)+x=3+3x.f(x) ta duoc:

B (2-x) 1 (2-) #1237 () £35S ()%

, thay x =1 vao gia thiét ta co: a3+1=3+3a<:>a3—3a—2=0®{




Thay x =1 vao biéu thuc (*) ta c6: —3a’b+1=3a+3b

TH1: V61 a=—1:>—3b+1=—3+3b<:>b=2

3
2
—X
3

W | W

Phuong trinh tiép tuyén 1a: y = %(x -1)-1=
TH2: V6i a=2=-12b+1=6+3b<=b :—é

Phuong trinh tiép tuyén la: y = —%(x ~1)+2= _?lx+% . Chgn D.

Vi du 3: Cho ham s6 y= f(x)(C) xéc dinh trén R va théa man 2f(2—x)+ f(x+1)=x"+2x. Tiép

tuyeén cua (C) tai diém c6 hoanh d§ x =2 di qua diém nao trong cac diém sau:

A (21) B. (1;9 C. (2;%}

Loi gidi

2f(2)+f(1):0®{f(2)=—1
2f(N+f(2)=3 | f(1)=2

Dao ham 2 vé biéu thirc: 2 (2—x)+ f(x+1)=x" +2x taduge: 2" (2—x)+ f'(x+1)=2x+2(*)

Thay x=0;x =1 vao dé bai ta cé: {

8
_ i i — f’(2)=——
Thay x =0;x =1 vao (*) ta dugc: { 2f!(2)+f' (1) 2 < 3
=21 (1)+ f'(2)=4 f’(l):__lo
3

Suy ra phuong trinh tiép tuyén tai diém c6 hoanh dd x =2 c6 phuong trinh la:

y=—§(x—2)—1:%8x+?

Do d¢ tiép tuyén cta (C) tai diém c6 hoanh do x—2 di qua diém (1;%} . Chon B.

Vi dy 4: Cho ham s6 y = f(x)(C) xdc dinh trén R va théa man 2f (1-x)+ f(1+x) :3(2x2 +1). Tiép
tuyén cta (C) tai thoi diém c6 hoanh d§ x =3 cét truc toa d¢ tai 2 diém 4 va B. Dién tich tam gidc OA4B la
S, thoa man:

A.0<S,,,;<5 B. 5<8,,,<I15 C.15<§8,,,; <30 D. S,,; >30

Loi gidi
21 (3)+ f(-1)=27 @{f(3):9

Thay x =-2;x =2 vao dé bai ta cé:
{2f(—1)+f(3):27 f(-1)=9




Pao ham 2 vé biéu thire: 21 (1-x)+ f (1+x)=3(2x" +1) taduwoc: -2 (1-x)+ f (1+x) =12x(*)

Thay x =-2;x =2 vao (*) ta dugc: {_2f (3)+/(-1)=-24 - {f (3)=8

21 (-1)+f'(3)=24 | f'(-1)=-8
Suy ra phuong trinh tiép tuyén tai diém c6 hoanh do x =3c6 phuong trinh la: y =8(x—3)+9=8x-15

Khi d6 S,,,, :%.15.%5:14,0625 . Chen B.

Vi du 5: Cho cac ham s6 y=f(x).y=f[f(x)].y=/(x*+4) c6 b thi lan luot 1a (C,).(C,).(C;).
Pudng thang x=1 cét (C,),(C,),(C;) lan lugt tai M, N, P. Biét phuong trinh tiép tuyén cua (C,) tai M va
cia (C,) tai Nlan lugt1a y =3x+2 va y=12x-5. Phuong trinh tiép tuyén cua (C,) tai P bang:

A. y=8x-1 B. y=4x+3 C. y=2x+5 D. y=3x+4

Loi gidi

Ta co y=3x+2©y:f(l)=f'(1).(x—1)@yzf’(l)x—f'(1)+f(1):>{

3f'(x)=12 {
< y=3f"(x)x+f(5)-3./"(5) ma y=12x-5—— , =S
(x)x+7(5)=3.'(5) {f(S)—S.f (5)=-5" |/ (5)=
Laico y=f(x+4) =y =(+4) /(¥ +4) =25/ (¥ +4) = y(1) =21'(5).
Do dé, tiép tuyén ctia (C,) tai Pla y=f(5)=2f"(5)(x-1) < y-7=8(x-1) < y=8x-1.
Chon A.
Dang 6: Tim diéu kién dé 2 dd thi tiép xiic véi nhau

Cho2hamsé y = f(x) va y=g(x). D0 thi 2 ham sé trén tiép xtic véi nhau khi va chi khi

{f (x)=g(x)
/'(x)=¢'(x)

va nghiém cua hé phuong trinh nay chinh 1a hoanh d6 cua tiép diém.

Vi du 1: Biét rang hai duong cong y = x° +%—2 va y=x’+x-2 tiép xtc voi nhau tai mot diém duy
nhat M (x,;y,). Tinh OM.

V29 V29 V29

A. Ole B. OM =—— C.OM =—— D. OM =——
2 2 4 3

Loi gidi




x3+5—x—2:x2+x—2 |
Toa do tiép diém 1a nghiém ctia hé phuong trinh: Sx=—
2, S 2
3x" + 2 =2x+1

15) OM@

Khidé M| —;-2 |=
2 4

Vi du 2: C6 bao nhiéu gia tri ctia tham s6 m dé d6 thi ham s6 y = x* —3mx+m+1 tiép xtic v6i truc hoanh.

A.l B.2 C.3 D. 4

Loi gidai
X =3mx+m+1=0

Db thi ham sb di cho tiép xtic voi truc hoanh khi hé phuong trinh { ,
3x*-3m=0

{x3—3mx+m+1=0(1) L
c6 nghiém.

2
m=x

Thé m = x* vao phuong trinh (1) ta cé: x* —3x* +x*+1=0<x=1=m=1. Chon A.

Vi du 3: S6 céc gia tri ciia tham s6 m dé hai do thi f(x)=x’—3x+1 va duong thang d:y=m(x—1)-1
tiép xuc v6i nhau la:

Al B.2 C.3 D. 4

Loi gidi
X =3x+1=m(x-1)-1

c6 nghiém.
3x*=3=m

Hai d6 thi tiép xtic v6i nhau khi hé phwong trinh: {

1 9

=>m=—=
Suyra ¥’ =3x+1= (3¢ -3)(x-1) -1 2x' -3¢ +1=0e| " 2" 4.ChenB.
x=1=>m=0

Vi du 4: Goi S 1a tap hop cac gia tri ciia tham s6 m dé dd thi ham sb (C) cy=x" +mx* —8x tiép xuc voi
duong thang y = x+9m . Tong cac phan tir ciia tap hop S 1a:
A.0 B.3 C.-3 D. 4

Loi gidgi
X+ mx? —8x=x+9m(1)

Hai d6 thi tiép xtic v&i nhau khi hé phuong trinh: c6 nghi¢m.
3x° + 2mx—8—1(2)

Ta co: (l)c:>x3 + mx? —9x—9m=0c:>xz(x+m)—9(x+m):0<::>(x2 —9)(x+m)=0
{x:i3
=
xX=-m

Vo1 x=3=>m=-3




Véi x=-3=>m=3
Véi x=-m tacod: 3m*> —2m> =9 < m=+3.

Vay m=+3 14 cac gia tri cAn tim. Vay tong cac phan tir ciia tip S'1a 0. Chon A.

Vi du 5: Goi S 1a tap hop céc gid tri cua tham s6 m dé do thi ham s6 y =2x* —3(m+3)x” +18mx—8 tiép

xtc véi truc hoanh. Tong cac phan tir ctia tap hop S 1a:

B 278 C.8 D. 208

A.9 -
27 27

Loi gidai
2x° —3(m+3)x2 +18mx—-8=0

Do thi ham sb di cho tiép xtic voi truc hoanh khi hé phuong trinh:
6x° —6(m+3)x+18m =0

{2x3—3(m+3)x2+18mx—8:0(1) _
c6 nghiém.

x’ —(m+3)x+3m =O(2)

Ta c6: (2)<:>x(x—m)—3(x—m)=O<:>(x—3)(x—m)=0<:>{x :

Véi x =3 thé vao (1) ta co: 54—27(m+3)+54m—8=0<:>m:;—.

~N | W

Véi x =m thé vao (1) ta c6:
2m’ —3m’ (m+3)—i—18m2 -8=0< —m’ +9m’ —8:O<:>(m—1)(m2—8m—8)=0

Ta duoc tong cac gia tri cta tap hop S 1a: ;—34- 1+8= 22—778 . Chon B.

Vi dy 6: Tinh tong S tat c4 c4c gid tri tham s6 m d€ d6 thi f(x)=x’—3mx’ +3mx+m’ —2m’ tiép xuc véi

truc hoanh.
A.S% B.S=1 C. =0 D.S=§

Loi gidi
Db thi da cho tiép xtic voi truc hoanh khi hé phwong trinh sau ¢6 nghiém:
{f(x) =X —=3mx’ +3mx+m’> —2m’ =0 {x3 —3mx’ +3mx+m’> —2m’ =0
=

f'(x)=3x"—6mx+3m=0 g(x)=x"-2mx+m=0(1)

Lay /() ta duge f(x) =g(x).(x—m)+(2m—2m2)x+2m2 -2m’

g(x)
m=0
Suy ra (2m—2m2)x+2m2 —2m’ =0c>(2m—2m2)(x+m):0© m=1

X=—m




m=0
Véix=—m:>(1)©m2+2m2+m:0<:> 1
m=——

3

Vay m:O,m:I,m=—§. Chon D.



BAI TAP TU LUYEN

—x+1

Céu 1: Cho d6 thi ham s6 (C):y = — 86 tiép tuyén cua dd thi ham s6 di qua diém 4(2;-1) 1a

Al B.3 C.2 D.0

Cau 2: Cho ham s y = 2):1 c6 dd thila (C). SO tiép tuyén cua do thi (C) ma di qua diem M (1;2) 1a
A.0 B. 1 C.2 D. 4

A A, oA A s x-1 . 402 \ A A . -2 £ A e \
Cau 3: Biét trén do thi (C ) Ly = 5 c6 hai diém ma tiép tuyén tai cac diém doé déu song song voi duong
x+

thing d :3x—y+15=0. Tim téng S cac tung do tiép diém.

A. §=3 B. §=6 C.S5=-4 D. §=2

Cau 4: Cho ham s6 y =—x"+3x"+2 ¢6 d0 thi (C). Phuong trinh tiép tuyén cta (C) ma c6 hé s6 goc 16n
nhat 1a:

A. y=3x+1 B. y=-3x-1 C. y=-3x+1 D. y=3x-1

Céu 5: Puong thang x+ y =2m 1a tiép tuyén cta dudng cong y = —x* +3x+4 khi m bang

A. =3 hoac 1 B. 1 hoac 3 C. -1 hoac 3 D. -3 hoac -1

” . X . 1 1 . 42 .
Cau 6: Tiep tuyén cta do thi ham so f ()c):gx3 —Exz —4x+6 tai diém c6 hoanh do 1a nghiém cua

phuong trinh f”'(x)=0 c6 hé s6 géc bang

all c. 2 p. -

A. —4 .
12 4 4

A < A A . 2. R <R N A 1N x 1
Cau 7: Tiép tuyén tai diém cuc tiéu ctia do thi ham s6 y = §x3 -2x" +3x-5.

A. C6 hé s goc duong. B. Song song voi truc hoanh.

C. C6 hé sb goc bang —1. D. Song song v6i duong thang x=1.

Céu 8: Phuong trinh tiép tuyén cua d6 thi ham s6 y = ;C:L; tai diém c6 hoanh d6 bang 3 1a

A. y=3x+13 B. y=3x-5 C. y=-3x-5 D. y=-3x+13

Céu 9: Cho ham s6 y = ); i c6 6 thi (C). Phuong trinh tiép tuyén véi do thi ham sé tai giao diém cia d6
thi (C) véi truc tung la:

A y=—x+2 B. y=—x+1 C.y=x-2 D.y=—x-2

Cau 10: Ticp tuyén cua d6 thi ham s6 y = x° —3x+2 vudng goc voi duong thing y = —gx la



1 1 1 1
A y=——x+18,y=—=x+5 B. y=—x+18,y=—x-14
4 9 4 9 4 9 4 9
C. y=9x+18,y=9x-14 D. y=9x+18,y=9x+5

. 2 N R X X 2 .. .2
Cau 11: Cho ham so y =T c6 do thi ham so (C ) Viét phuong trinh tiép tuyén cua (C ) tai giao diém
—X

cua (C) va tryc tung.

A. y=2x+2 B. y=x+2 C.y=-2x+2 D. y=2x-2

CAu 12: Phuong trinh tiép tuyén cta do thi ham s6 y =x* —3x” +1 tai diém 4(3;1) la:

A. y=-9x-26 B. y=9x-26 C.y=-9x-3 D. y=9x+2

Céu 13: Cho d6 thj ham s6 y = %f —2x* +3x. Phuong trinh nao dudi ddy la phuong trinh tiép tuyén hé sb
goc nho nhét cua d6 thi trén.

8 8 8 8
A, y=—x+— B. y=x+— C.y=—x—— D.y=x——
Y 3 Y 3 Y 3 Y 3

Céu 14: Puong thing y =m tiép xtc v6i d6 thi (C):y =—2x* +4x’ -1 tai hai diém phan biét. Tim tung d6
tiép diém.
Al B. -1 C.0 D.3

Cau 15: Cho ham s y=x'-2x" +(m—1)x+2m ¢6 d6 thi 1a (C, ). Tim m d¢ tip tuyén c6 hé s géc nho

nhat cia d6 thi (C, ) vudng goc véi dudng thang A: y =3x+2018.

A.m:% B. m=1 C.m=2 D.m:—g

, 2x — <L X 2 . .. . .
Cau 16: Cho ham so y = x—3 c6 d6 thi (C). Mot ti€p tuyén cia (C) cat hai tiém cén cia (C) tai hai

D

diém A4, B va AB =22 . Hé sb gbc cua tiép tuyén d6 bang.

A 2 B. -2 C. —% D. -1

Céu 17: Cho ham s6 y = f(x) xdc dinh va c6 dao ham trén R théa man [f(l+2x)]2 = x—[f(l—x)f.
Viét phuong trinh tiép tuyén ciia d6 thi ham sé y = £(x) tai diém c6 hoanh d¢ bang 1.

16 18 18 6
A y=-——x-— B.y=——x—— C.y=——x+= D. y=-x+—
A A YTy 4 7

Cau 18: Goi S 1a tap hop cac gia tri cua ham s6 m dé dd thi ham $6 y= xt=2x*+m—=2 ¢o ding mot tiép
tuyén song song véi truc Ox. Tinh tong cac phan tir cia S.

A. -2 B.5 C.-5 D.3



Céu 19: Goi S 1a tap hop céac gia tri ciia ham s6 m sao cho duong thing d:y=mx—m—3 cat do thi
(C):y=2x"-3x" -2 tai ba diém phan biét 4, B, 1(1;-3) ma tiép tuyén véi (C) tai 4 va tai B vudng gbc
v6i nhau. Tinh tong cac phan tir cia S.

A. -1 B. 1 C.2 D.5

x—2

Cau 20: Cho ham s6 y = c6 dd thi (C) va diém A(m;1). Goi S 1a tap cac gia trj cia m dé c6 dung mot

1-x

tiép tuyén cta (C) di qua 4. Tinh tong binh phuong cc phén tir cia tap S.

Al B.2 c.’ p. 2
4 2 4 4
Cau 21: Cho dd thi (C):y = xz_;l va d,,d, 1a hai tiép tuyén ctia (C) song song v6i nhau. Khodng cach 16n
nhét giira d, va d, 1a
A.3 B. 243 C.2 D. 242

Ciu 22: Cho ham s§ y=x’—3x+1 6 dd thi (C). Goi A(x,;y,),B(x,;¥,) v6i x, <x, 1a céc diém thude
(C) sao cho tiép tuyén tai A, B song song v4i nhau va AB = 442 . Tinh S = 3x,—5x;.

A. §=-16 B. =16 C.§5=15 D. §=-9

Cau 23: Cho ham s6 y=f(x) x4c dinh va lién tuc trén R théa méan dong thoi cac didu kién sau

f(x)>0,VxeR, fi(x)=—e".f*(x)VxeR va f(0)==. Phuong trinh tiép tuyén ciia do thi tai diém c6

1
2
hoanh 6 x, =1In2 la

A. 2x+9y-2In2-3=0 B. 2x-9y-2In2+3=0 C. 2x-9y+2In2-3=0 D. 2x+9y+2In2-3=0

4
Ciu 24: Cho ham s6 y = %—3;8 +§, c6 do thi (C) va diém M e(C) c6 hoanh d6 x,, =a. C6 bao nhiéu
gid tri nguyén cta a dé tiép tuyén cta (C) tai M cat (C) tai hai diém phén biét khac M.
A.0 B.3 C.2 D.1

Céu 25: Cho ham sb yzf(x):ax+2(a,b,c,deR;c¢0,d¢O) ¢6 dd thi (C). Db thi cta ham s
cx+

y = f"(x) nhu hinh v& dudi day.



CEEE T

1]

Biét (C) cét tryc tung tai diém c6 tung do bang 2. Tiép tuyén ctia (C) tai giao diém cua (C) véi truc hoanh

cO phuong trinh la:

A. x+3y-2=0 B. x+3y+2=0 C.x-3y-2=0 D. x-3y+2=0
Cau 26: Cho ham s6 y:%x4 —%xz c6 o thi (C). C6 bao nhiéu diém 4 thuge (C) sao cho tiép tuyén cia

(C) tai 4 cdt (C) tai hai diém phan biét M (x;;3,),N(x,;»,) (M, N khéc 4) théa man y,—y, =6(x,—x,)?
Al B.2 C.0 D.3

Cau 27: Cho ham sé y = %x“ —%xz c6 6 thi (C). C6 bao nhiéu diém A thudc (C) sao cho tiép tuyén ctia

(C) tai 4 cét (C) tai hai diém phan biét M (x,;3,),N(x,;»,) (M, N khéc 4) théa man y, -y, =8(x, —x,)?

A.2 B.1 C.3 D.O
A .z | R ST gk 27 15 x 2
Céu 28: Cho ham so y=ox —3x +§ c6 do thi 1a (C) va diém A4 _E;_? . Biét co ba diém

M, (x53,),M,(x,5¥,),M,(x;;»;) thudc (C) sao cho tiép tuyén cia (C) tai mdi diem d6 déu di qua A.
Tinh S'=x +x, +x,.

A Ss=—" B. S=-3 C.s=-2 D.s5=2
4 4 4

Céu 29: Cho ham s6 y = z—xl(C) Cac diém M e(C) sao cho tiép tuyén cua do thi ham sb tai M cat hai
x+

truc toa do tai 4, B v6i dién tich tam gidc OAB bing % c6 dang M, (a;b),M,(c;d). Khi d6 tong

a+b+c+d la

A -1 B. -1 c.-1 D. -1

5 4 3 2
Céu 30: Cho ham s6 y = x* +x* +3x+1 c6 dd thi 1a (C) C6 tat ca bao nhiéu gi4 tri nguyén cta tham sb m
dé tir diem M (0;m) ke duoc it nhat mot tiép tuyén dén d6 thi (C) ma hoanh d¢ tiép diém thuge doan [1;3].

A. Vo sb B.0 C.61 D. 60



Cau 31: Cho ham s y:2x+23 ¢ dd thi (C) C6 bao nhiéu gia tri thuc cua tham s6 m dé
x_

(d,):y=2x+m cat (C) tai hai diém phan biét ma tiép tuyén cta (C) tai hai diém d6 song song v6i nhau?
A.Vosd B. 1 C.0 D.2

. -1 . s . o . n . L x
Cau 32: Cho ham s6 y = x—z, goi d 1a tiép tuyen vdi do thi ham so tai diém c6 hoanh d§ bang m —2 . Biét
X+

duong théng d cét tiém can ding cua dd thi ham s6 tai diém 4 (xl; yl) va cét tiém can ngang cua dd thi ham
s tai diém B(xz; yz). Goi S 1a tap hop cac s6 m sao cho x,+y, =-=5. Tinh téng binh phuong cac phan tir
cua S.

A.0 B.4 C. 10 D.9

Céu 33: Cho ham s6 y =x’ —2009x ¢6 db thi la (C). M, la diém trén (C) c6 hoanh do x, =1. Tiép tuyén
cua (C) tai M, cat (C) tai diém M, khac M, tiép tuyén coa (C) tai M, cat (C) tai diém M, khac

M, ... tiép tuyén ctia (C) tai M cat (C) tai M, khac M, (n=4;5;...), goi (x,;,) latoa dd diém M.

-
Tim n dé: 2009x, + y +2*" =0.
A.n=685 B.n=679 C.n=672 D.n=675

Ciu 34: Cho ham s6 y=x’+3x ¢6 dd thi 1a (C). M, 1a diém trén (C) c6 hoanh do bang 1. Tiép tuyén tai
diem M, cit (C) tai diéem M, khac M, . Tiép tuyén tai diém M, cit (C) tai diém M, khic M,. Tiép
tuyén tai M, cit (C) tai diém M, khac M, , (n=4,neN)? Tim s6 tu nhién » théa man diéu kién
y,=3x,+2*' =0.

A.n=7 B. n=8 C.n=22 D. n=21

Cau 35: Cho ham s6 y =§x4 —%xz c6 d6 thi (C). C6 bao nhiéu diém A4 thudc do thi (C) sao cho ticp

tuyén cua (C) tai 4 cit (C) tai hai diém phan biét M (x;y);N(x,;y,) (M, N khac 4) théa man

yl—y2:3(xl—x2).

A.0 B.2 C.3 D. 1

Ciu 36: Gia sir duong thing y=ax+b la tiép tuyén chung cia dd thi ham s6 y=x*—5x+6 va
y=x>+3x—-10. Tinh M =2a+b.

A. M =16 B. M =-4 C. M=4 D. M =7



Céu 37: Cho ham s6 y = §x3 —2mx” +8(m—1)x+2, (m 1a tham s6) c6 dd thi 1a (C, ) ton tai hai diém phan
biet A(x,;v,).B(x;;p,;) sao cho mdi tiép tuyén cua (C,) tai 4, B vudng géc voi duong thing

A:x—4y+4=0 déngthoi \x, +\[x, <242 1a S =[u;v). Tinh u+v.

A. B.5 C.3 D. %

N | W

Céu 38: Qua diém 4(1;—4) ké duoc hai tiép tuyén voi do thi (C):y= Ll tai hai tiép diém M (x;,) va
X+

N(x,:»,). Khing dinh ding 1a

A. xx, =1 B. xx, =-1 C. xx,=-5 D. xx,=5



LOI GIAI BAI TAP TU LUYEN

) +1
Gia su M[a; 4

Caul: Taco y'= >

x—2

1a toa do tiép diém
a-2

(x—a)+_a+1

Phuong trinh tiép tuyén tai M 1a y =
(a - 2) a—?2

Ma tiép tuyén qua 4(2;—1) nén

Do d6 khong c6 gia tri a théa man. Chon D.

Cau 2: Taco )’ =_—32. Gid sir M(a; 2a Tj 14 toa do tiép diém
x—1 a-—

Phuong trinh tiép tuyén tai M 1a y = ( -3 )2 (x—a)+ 2a +11
a—1 a—

=3 (1—a)+2a+1— 2a+4

Ma tiép tuyén qua M (1;2) nén( % =2s =2 2a+4=2a-2
-

a—1 a—1
Do do6 khong c6 gié tri a théa man. Chon A.

a—1

Cau3:Taco y' = 5
a+

. Gidsu M (a; j 1a toa do tiép diém

(x+2)

H¢ s0 goc la

=3 =85=-2+4=2.ChonD.

> = =
(a+2) a=-3=M(-3;4)
Caud: Taco y'=-3x*+6x=-3(x—1)" +3<3 khi x=1= y=4
Do d6 phuong trinh tiép tuyén 1a y =3(x—1)+4=3x+1. Chen A.

Cau5: Taco y'=-3x"+2. Gid st M (a;—a’ +2a+4)

) , a=1=>M(15)=>m=3
Tacod k=)' (a)=-3a’+2=-1d’ =1 . Chon B.
az—l:M(—l;3):m:1
Cau 6: Taco f'(x):xz—x—4:>f”(x):2x—1;f”(x):0<:>x:%
Heé s6 goc 1a f’(lj :—1—7. Chon D.
2 4
x=1= ——E
Cau7:Taco ' =X —4x+3y =0 |" 7773 = cyctidu la (3;-5)
x=3=>y=-5

Hé s6 goc clia cyc tiéu 1a y’(3)=0= song song truc hoanh. Chon B.



Cau 8: Taco y'=
(x-2)

~.Tai x=3=y=4.Hésbgocla y'(3)=-3

Phuong trinh tiép tuyén la y =-3(x-3)+4 =-3x+13. Chen D.

Cau9: Taco y'=

o . Giao diém véi truc tung 1a (0;2). Hé s6 goc '(0)=-1
X+

Phuong trinh tiép tuyén 13 y = —x+2. Chon A.
Cau 10: Tacod y' =3x"—3. Gid str M(a;a3 —3a+ 2) 13 toa d6 tiép diém

a=2=>M(2;4)=> y=9x-14

Heé A ak=1v =3 2_3:9 2:4
¢ s0 goc la y(a) a =a < a:_sz(—z;O)jy:9x+l8

. Chon C.

Cau 11: Taco y'=

e Giao diém véi truc tung 1a (0;2). Hé s goc »'(0)=2
—x

Phuong trinh tiép tuyén 1a y =2x+2. Chon A.

Cau 12: y'=3x"—6x. Hésd goc 1a »'(3)=9= tiép tuyén y=9x—26. Chen B.

Cau 13: y':x2—4x+3=(x—2)2—12—1 khi x:2:>y:§

Phuong trinh tiép tuyén 1a y=—(x—-2) +§ =—x+ % Chon A.

=0=>y=-1
Cau 14: 1/ =—8x° +8x:)' =0 | Y
x=xl=y=1

Do d6 tung d6 tiép diém 1a 1. Chon A.

Cau 15: Hé s6 goc cua tiép tuyén tai diem x=x, 1a k=)' (x,)=3x; —4x, +m—1

2
Ta c6 3x02—4x0+1=3(x0—2j L e m-2 pods k. —m-2
3 3 3 3 3

Theo baira, ta c6 3k, =-1< 3(m—gj:—1© m—%z—%@ m=1.Chon B.

Cau 16: Goi M[xo; 2% _3) =)'(x))= —(;2 nén phuong trinh tiép tuyén ctia (C) tai M 1a
X, — X, —
, 2% —3 I
y=y0 =¥ (%) (x-x) &y = (x=x,) (4)

x, =2 (x0_2)2

. . . ) _
* Tiép tuyén d cat TCD: x =2 tai A[2; all ]:>IA :[O; 2 2]
Xy —

X, —2

* Tiép tuyén d cat TCN: y =2 tai B(2x,-2;2)= IB = (2x,-4;0)



Suy ra IA.IB:ﬁ.|2xO—4|:4 ma I4* + 1B’ = AB* =8 = IA=IB =2
Xog —

Do d6 [2x, —4|=2 ¢ (x,~2)" =1——>k =-1. Chon D.

Cau 17: Thay x=0 vao gia thié, ta duoc 17 (1)=—f>(1) =

Dao ham 2 vé gia thiét, ta c6 4 f7(1+2x).f (1+2x) =1+3f"(1-x).

=,
—~
—
|
=
N—
~
*
p—a

Thay x =0 vao (*), taduoc 47"(1)./(1)=1+3/"(1).£(1) (D)

TH1. V6i f(1)=0 thay vao (I), taco 0=1 (vo Iy)
TH2. V6i /(1) =—1 thay vao (1), ta c6 —41"(1)=1+3/"(1)= /(1) = —% (vo 1§)

Vay phuong trinh tiép tuyén can tim 1a y+1= —%(x—l) S y= —%x—g . Chgn A.

Céu 18: Tiép tuyén song song véi truc Ox = k = »'(x,)=0

=0=>y=m-2
Gidi phuong trinh ' = 4x —4x =0 |~ y=m
x=tl=y=m-3

Phuong trinh tiép tuyén tai diém (0;m—2) 1a: y=m—2

Phuong trinh tiép tuyén tai diém (+1;m-3) la: y =m -3

m=3

Xy 4 ny Lo K £ L. L|lm- 2=0 m=2
bé c6 ding mét tiép tuyeén song song voi truc Ox thi 320 <
m-o->=

Vay S={2;3}=T=5. Chen B,
Ciu 19: Phuong trinh hoanh d¢ giao diém la: 2x* —3x* =2 =mx—m—3
e 2 -3 +1-m(x-1)=0 & (x—1)(2x° ~x—1)-m(x~-1)=0

x=l=>y=-3

<:>(9‘_1)(2)62_x_l_m):()<:>L(X):bcz—x—l—m:O

A=1+8(1+m)>0

Dé d it (C) tai 3 diém phén biét thi g(x)=0 c6 2 nghiém khic 1 < (*)
g(l) =-m=#0
1
X, +X2 = E
Goi A(x;;mx,—m—3) va B(x,;mx, —m—3) theo Vi-ét ta co: |
-1-m
XXy =

Dé tiép tuyén tai 4 va B cua (C) vudng goc voi nhau thi y'(x,).)"(x,)=-1



o (6x7 63, )(6x3 —6x,) = ~1 & x.x, (x, 1) (x, 1) = _%

1 —1-m(-1-m 1 1
<:>x,x2(xlx2—xl—x2+l):—£<:> > > —5+1 =—£

2
L A2mAl Lm :_i®m2+m+l:0<:>m:_3i\6(t/M(*))
4 4 36 9

Suy ra tong cac phan tir ciia S bang —1. Chon A.

Ciu 20: Phuong trinh tiép tuyén cua (C) tai diém M (xo; o~ le la:
—x, +

O LB | Er ) P Py

—x,+1 (x,-1)’

X, —2

—x, +1

xo—a+(2—x0)(x0—l)
(x0—1)2

& (%, 1)’ = —x2 +4x, —2—m & 2x2 —6x, +3+m = 0(*)

Do tiép tuyén di qua diém A(m;1) nén 1=

Dé c6 dung mot tiép tuyén di qua A4 thi (*) c6 nghiém kép hodc (*) c¢6 2 nghiém phén biét trong d6 c6 mot
AN'=3-2m=0 3
nghiém x, =1 | (A'=3-2m>0 | 2.
2.1-6+3+m=0 |m=1

Vay S = {%, 1} = Tdng binh phuong trinh tap hop S bang %+1 = % Chon A.

x—1 1 1 1
Cau?l: (C):y=—=y'=——.Taco: y=———.
(€):y TP YT T

Goi Al ;i L) B[pt-L (a#b,ab#0) 1a hai diém thudc do thi (C).
2 2a 2 2b

Goi d,,d, 14 hai tiép tuyén cua (C) tai 4 va B song song véi nhau.

1 1

Theo gia thiét ta co: y’(a)zy’(b)@FZchzz:b2<:>(a—b)(a+b)=0“—ib>a:—b.
a
Suy ra B(—a;lwtij
2 2a
, , 1 1 1 X 1 1
Phuong trinh tiép tuyéntai41a: d, : y=—(x—a)+———=—+———
8 pHuyen v N
—a 1 1 1 1 a
2¢> 2 a 2 2a 2

Khi d6 d (d,;d,)=d(B;d,)= = -




12 2> ,/ 12.a2:1:>dS322:>dmaX:2.Ch9nC.
4a da 1

Ciu 22: Goi A(a;a’ —3a+1),B(b;b’~3b+1) véi a<b.

Tiép tuyén tai 4, B song song v6i nhau = y'(a)=)'(b) = 3a> -3=30"-3 < da’ =b’
& (a—b)(a+b)=0—=sq=—b|

Khi do: B(~ai~a’ +3a-+1)= 4B’ = 4a* +(2a’ ~6a) = (442

& 4a° —24a" +40a° =32 — 22 548 2487 + 40t -32=0<>t=4=>a=12.

Do a<b=a=-2,b=2=8=3,(-2)-52=-16. Chen A.

Cau 23: Taco: f'(x)=—€".f?(x)= /'(x) :—ex:{ -1 } :(—ex)’:ﬁ:e’#C

/(%) /(%)
1 1 1 —e"
Mitkhac f(0)=—=>——=e"+C=C=1= f(x)= = f'(x
f'(In2)=—=
Ta co: ) = Phuong trinh tiép tuyén cta db thi tai diém c6 hoanh do x,=In2 la:
f(ln2)=§

y:_?z(x—ln2)+§<:>9y:—2x+2ln2+3<:>2x+9y—2ln2—3:0. Chon A.

4

Cau 24: Goi M(a 7—351 %) Yy =2x> —6x

4
Phuong trinh tiép tuyén tai M 1a: y = (2a3 - 6a)(x—a)+a7—3a2 +§(d) .

Phuong trinh hoanh d¢ giao diém ciia d va (C ) la:
a’ 5 x*

(2(13 —6a)(x—a)+7—3a2 +5:7—3x2+§<:>(2a3—6a)(x—a)+%(a4 —x4)—3(a2 —xz):O

2a3—6a—— a +x )(a+x)+3(x+a)J:O

(2a3—6a——a —%ax —%a x—%x +3x+3aj 0

3a3—ax —a*x—x+3x— 3a) 0

~a)(
[ x2—2ax—3a2)+3(x—a)]20



<:>(x—a)2(x2+2ax+3a2—3):0<:> rma= (a yM)
g(x):x2+2ax+3a2—3=0

Dé d cit (C) tai 2 diém phan biét khac M thi phuong trinh g(x)=0 phdi c6 2 nghiém phan biét khac

2
N=d*-32+3>0 |24 <3
as =N .
g(a):6a2—3¢0 azié

Kéthop aeZ = a={0;+1}. Vay c6 3 gid tri ciia a. Chon B.

Cau 25: (C) cit tryc tung tai diém c6 tung do bang 2 nén £(0)=2= S =2=b=2d

L . . d b
Do thi ciia ham s6 y = f"(x) co6 tiém can dimg la x:——:—1:>c:d:>c:d:§.
c

2 a a
Ta cb: y=f(x)=ax+b:>f'(x)= ad —bc _ac 2c _ c __c

cx+d (cx+af)2 (cx+c)2 ¢’ (x+1) (x+1)2

Laico: f'(-2)=/f'(0)=3=>2-2=3=a=—c.

c
ax+b —-cx+2¢ —x+2 -3
VA = = = . ': . C 0 :A 2;0 .
Yy cx+d cx+c x+1 Y (x+1)2( )m * ( )

Taco: y'(2)= —%:> Phuong trinh tiép tuyén tai 4 1a: y = —%(x—Z) hay x+3y—2=0. Chon A.

Cau 26: Goi A(a;%a“ —%aﬁj e (C) nén phuong trinh tiép tuyén d cua (C) tai 4 la
y=y,=y(x,)(x—x )<::>y:(a3—7a)(x—a)+la4—Za2
A A A 4 2

Phuong trinh hoanh d6 giao diém cua (C) vadla ix“ —%xz = (a3 —7a)(x—a)+%a4 —%az

o xt—14x7 —(4a3 —28a)(x—a)—a4 +14a*> =0

X=a

2
& (x-a) (¥ +2"x+3a2_14):0©{x2 +2ax+3a’ —14=0(1)

Ta tim diéu kién dé (1) c6 2 nghiém phan biét khac a < % za’ <7

Theo bai ra, hé s6 goc ctia tiép tuyén la k=6=a’-Ta=6=a={-2;-1;3}
Viy c6 tit ca hai gi tri @ can tim. Chon B.

Cau 27: Goi A(cz;%a4 —%azj e (C) nén phuong trinh tiép tuyén d ctia (C) tai 4 1a



y—yAzy'(xA)(x—xA)Qyz(—a ——aj(x—a)+la 14,

Phuong trinh hoanh d¢ giao diém cua (C) vadla

1, 14x2:(ia3 28
3 3
o xt—14x° —(4a3 —28a)(x—a)—a4 +14a* =0

X=a

2
& (x-a) (¥ +2"x+3a2_14):0©{x2 +2ax+3a’ —14=0(1)

Ta tim diéu kién dé (1) c6 2 nghiém phan biét khac a < % za’ <7

Theo bai ra, hé sb goc cua tiép tuyén 13 k =8 = %cf —?a =8=a={-2-1;3}

Viy c6 tit ca hai gi tri @ can tim. Chon A.

Cau 28: Goi tiép tuyén d di qua A c6 phuong trinh 13 y+175:k(x+f—gj oy :kx+f—2k—%
2x° —6x=k

Vi (C) va d tiép xtc nhau =

(©) L a3 e 24218
2 2 16 4
x=-2;x=-1
Suy ra lx4—3x2+§: x+2—7 (2x3—6x)—1—5© 7 . Vay Sz—é.Ch(_)nC.
2 2 16 4 x=o 4

— nén phuong trinh tiép tuyén ciia (C) tai M 1a

. 2
Cau 29: Goi M[xo; on =)'(x)=
x, +1

Xo
2x, 2x, 2

y_xo +1 :y,(xO)'(x_XO)Qy_xo'Fl - (x0+1)2 .(x_XO) (d)

* Tiép tuyén d cat Ox tai A(—xg;O) = 04=x,

o . 24 2x2
e Tiép tuyén d cit Oy talB(O; %o ]:OB: %o

(xo +1)2 ()c0 + 1)2

1 N 1 x——l:> =-2
D0 d6 S,y =—0AO0B=—20 _=— |07 3 Yo =
2 (x0+1) 4 x,=1=y, =1

Vay a+b+c+d=—%. Chon D.

Cau 30: Phuong trinh tiép tuyén d ctia (C) diqua M1a y—-m=k.(x-0) < y=kx+m



. g 3 +2x+3=k s

Vi (C) tiép xtic vi d nén suy ra Sm=-2x"—-x"+1
3 2

X +x +3x+1=kx+m

Yéu cau bai toan < m = g(x)=-2x"—x’ +1 ¢6 it nhét 1 nghiém thudc [1;3]
Xétham sb g(x)=-2x"—x7+1 trén [1;3], c6 g'(x)=—6x" —2x < 0;Vx e[1;3]
Suy ra g(x) 1a ham s6 nghich bién trén (1;3)= g(3)<m<g(1) < -62<m<-2.
Vay c6 tht cd —2—(—62)+1=61 gia trj nguyén m cén tim. Chon C.

2x+3

xX—

Cau 31: Phuong trinh hoanh d¢ giao diém cua (C) vadla =2x+m

xX#2
x-=2#0 2
@{2x+3:(x_2)(2x+m)c> 2x +(m—6)x—2m—3:9
f(x)

9

Dé (C) cétd tai 2 diém phan biét khi < f(x)=0 c6 2 nghiém phan biét khac 2

2)£0
@{f( ())¢ & (m—6) +8(2m+3)>0 < m* +4m+60>0;Vm

A>
6-m
X X, =—
Khi do, goi x,,x, 1a hoanh d¢ cac giao diém = (1)
2m+3
XX, =—
2
X, =X
Theo bai ra, taco y'(x,)-)'(x,) < - [ N (2)

(xl—2)2 (x2—2)2 xl+x2=4

6-—m

T (1), (2) suy ra =4< m=-2.Chgn B.

Cau 32: Goi M[xo;xo—_;j =)'(x)= ;2 nén phuong trinh tiép tuyén ctia (C) tai M 1a
+

Xo (x0+2)
4 X, +2 y(xo).(x xo)c>y X, +2 (x0+2)2.(x xo) (@
Y £ < . ( x0—4J x,—4
* Tiép tuyén d cat TCD: x=2 tai 4| -2; =y =
X, +2 ) T2

* Tiép tuyén d cat TCN: y =1 tai B(2x,+2;2)=> x, =2x,+2

- . x,—4 X, =-5 m=-3
Theo baira, tacd x, +y, =5 2x, +2+ =-S5 = . Chon C.
X, +2 x, =—1 m=1

Cau 33: Phuong trinh tiép tuyén cua (C) tai M, (x;,) 1a y—y, =»'(x,)(x—x,)



e y=y(x).(x=x,)+y, =(3x] =2009)(x - x, )+ x; —2009x, (d)
Phuong trinh hoanh d¢ giao diém cua (C) vadla

20087320095+ 22009, & (35 25 =05
x=-2x,

Do d6 x,,, =-2x, suyra (x,) 1a cdp sé nhan véi x, =1,g =2 = x, =(-2)""

Vay 2009x, + y, +2*% =0 & x} + 2" =0 (-2)" " +2** =0 < n=672. Chon C.
Ciu 34: Phuong trinh tiép tuyén cua (C) tai M, (x;,) 1a y—y, =»'(x,)(x—x,)
<:>y:y’(xk).(x—xk)+yk:(3x,f+3)(x—xk)+x,f+3xk (d)
Phuong trinh hoanh d¢ giao diém cta (C) vadla

X=X
x3+3x:(3x,f+3)(x—xk)+x,f+3xk <:>(x_xk)2 (x+2x"):0<:>L=—k2xk

n—1

Do d6 x,,, =—2x, suyra (x,) la cap so nhan véi x, =g =-2=x, =(-2)

3n-3

Vay y,-3x,+2" =0 x +2" =0 (-2)"  +2"' =0<n=8. ChenB.

Ciu 35: Tir gia thiét ta suy ra duoc duong thing MN c6 mét vecto chi phuong u (1;3).

45
x0—3:>y0—7

. y ] 1 3 7 _13
Goi A(x,;y,) taco: f(x0)=3<:>5x0—5x0=3c> X0=—13yO=7
Xg==2=y,=-5

= . 11 11
Ta dugc cac phuong trinh tiép tuyén tuong tmg la y =3x —?7,)/ =3x+ g,y =3x+1

Kiém tra di€u kién cat tai 3 diem.

Ta xét phuong trinh %x“ —%xz =3x+m< g(x) :éx“ —%xz —3x= m(*)
. x=3
Khi do6 g’()c):0<:>§x3 —%x—3:O<:> x =—1. Ta duoc bang bién thién sau:
x=-2
X —00 -2 -1 3 +00




+00

14
? +00
N / \ /
1 -1

8

Dua vao BBT suyra m = %,m =1 thi phuong trinh (*) c6 ba nghi¢m.

Viy ¢6 hai diém 4 théa man yéu cau bai toan. Chon B.

Ciu 36: Puong thing y=ax+b 1a tiép tuyén cua do thi ham sé y=x’-5x+6 khi phuong trinh
X' —5x+6=ax+b e x’ —(a+5)x+6-b conghiémkép < A=(a+5) —4(6-b)=0 (1).

Tuong ty dudng thing y=ax+b 1a tiép tuyén cioa dd thi ham sé y=x’+3x—10 khi phuong trinh
x2+3x—10:ax+b©x2+(3—a)x—10—b=0 c6 nghiém kép <:>(a—3)2+4(b+10)20 (2).

3
=-10

. . a’*+10a+4b+1=0 16a—-48=0 a
Tr(l)va(2) = 5

— ) =
a’—6a+4b+49=0 a’—6a+4b+49=0

Vay M =2a+b=—-4.Chgn B.

Cau 37: Viét lai: d:y:%x+l,y':x2 —4mx+8(m—1).

Taco: y'(x).—=-1)"(x,).—=-1 nén x;x, 1a nghiém cua phuong trinh: '(x)=-4

B

1
4

=2
> _dmx+8m—4=0 (x° —4)=dm(x—2) =0 (x=2)(x+2-4m) =0 | 1
=X mx +om <:>(x ) m(x ) <:>(x )(x+ m) Q{x:4m—2 (1

Dé t6n tai 2 diém 4, B thda méan yéu cau bai toan thi phuong trinh (1) ¢6 2 nghiém phéan biét khong am

= 2.
dm—-2#2

{4m—220 mzl
m#1

Khi d6 ta c6: \Jx, ++/x, <2V2 @ Vdm-2+2<22 > dm-2<2 o m<1

Két hop diéu kién suy ra S = [%;1) =>u+v :% . Chon A.

Cau 38: Goi K(a;Lj(a #1) thuge (C).
a+1

Phuong trinh tiép tuyén tai K 1a: y = -1 - (x—a)+L
(a+1) a+l




Tiép tuyén di qua diém A(1;—4) < —4=

<:>—2(a+1) —a=2a+5%+2=0

2 =>xx, =aa,=1.Chon A.
a=-1
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