Tai liéu on tap gidi tich 12 hoc ky 11

MATH
TAI LIEU ON TAP HOC KY Ii
LOP 12- NAM HOC 2016-2017
MON: GIAI TiCH

Qudng Nam, thang 2 ndm 2017

Tran Thong swu tam va bién soan Facebook: Hpi Toan Bdac Nam



Tai liéu on tap gidi tich 12 hoc ky 11

A.TICH PHAN
PHAN 1: TOM TAT LY THUYET

I.Nguyén ham

1.Pinh nghia. Cho ham sé f(x) xéac dinh trén K (K 1a doan, khoang, nira khoang). Ham s6
F(x) dugc goi la nguyén ham ciia ham s6 f(x) trén K, néu F'(x) = f (), voi moi xe K .

Pinh ly. Gia st F(x) 1a mot nguyén ham ctia ham s6 f(x) trén khoang K. Khi d6

a. V&imdi hang s6 C, ham sé G(x) = F(x)+C ciing 1a mot nguyén ham coa f (X).

b. Nguoc lai, néu G(x) 1a mot nguyén ham cua f (x) thi ton tai hang s6 C sao cho G(x)

=F(x) + C.

c. Ho tit ca cac nguyén ham cua f(x) la j f(xX)dx=F(x)+C, trong d6 F(x) la mot

nguyén ham ctia f (x), C 1a hang s6 bat ky.

d. Bang cac nguyén ham co ban.

Nguyén ham ciia mdt s6 ham so thuwong gip

Nguyén ham cic ham s so cip thuong gip

Nguyén ham ciia ham sé hop u =u(x)

IMX=W+CkeR

jMu=W+CkeR

XX = L X 4.C (a#-1)
1+

udu = — 4t i C (a#-1)
l+a

_[%:In|x|+c (x=0)
X

d—u:In|u|+C (x=0)
u

j%%:&ﬁ+c

j3%=&6+c

jexdx:eX+C J'e”du=e“+C
X a* u a'
[ardx=——+C (0<a=1). [a'du==-+C (0<a=1).
Ina Ina

jcosxdx=sin x+C

jcosudu =sinu+C

_[sin Xdx =—cosx+C

_[sin udu =—-cosu+C

_[ dx :tanx+C;_[ dx =—cotx+C.

cos? X sin? x

du du
'[ >—=tanu+C; J‘fz—cotu+c
cos” u sin“u
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Ngoai ra con mjt s cong thirc thwong gip Ia.

[ (ax+b) dx = i—(""x*b)m

+C,(a=0,k =-1); J. 1bdx=lln|ax+b|+C,a¢O.
ax + a

[ eax*bdx:iea”b +C; | cos(ax+b)dx=§sin(ax+b)+c

[sin(ax+b)ax = —écos(ax+b)+c

2. Mot so tinh chit ciia nguyén ham

Pinh ly. Néu F(x),G(x) tuong timg la mot nguyén ham cua f (x), g(x) thi
a. [ f'(xdx=f(x)+C
b. [[()+g(0ldx=[ f ()dx+ [ g(x)dx = F(x) +G(x)+C;
c. jaf(x)dx = aj f(x)dx =aF(x)+C (a=0).

3. Mot s6 phwong phap ddi nguyén ham

a. Phwong phap ddi bién sb
Co s& clia phuong phap doi bién s6 1a dinh 1y sau: Cho ham sé u =u(x) c6 dao ham
lién tuc trén K va ham s6 y = f (u) lién tuc sao cho f[u(x)] xac dinh trén K. Khi d6
nfu F 1a mit nguyén ham cua f, toc 1a j f(udu=F(@U)+C thi
[ FluEoldx=F[u()]+C.
b. Phwong phap tich phan tirng phin

Mot s6 dang thwong gip:
Dang 1. j P(x).e*dX, j P(x)sin(ax +b)dx, j P(x) cos(ax +b)dx

Cach giai: Pat u=P(x),dv =e*"dx (dv =sin(ax+b)dx, dv = cos(ax+b)dx)
Dang 2. j P(x) In(ax +b)dx

Cach giai: bat u =In(ax+Db),dv=P(x)dx.
Il. Tich phan o )
1.Pinh nghia Cho ham f (x) lién tuc trén khoang K va a, b 1a hai so bat ky thugc K. Néu F(x)
1a mot nguyén ham cia f (x) thi hiéu sd F(b)— F(a) duoc goi la tich phan ctia f(x) tira dén b

b b
va ky hiéu 1a j f (x)dx . Trong truong hop a<b thi j f (x)dx 1a tich phan cua f trén [a;b].

2.Tinh chét Cho cac ham s6 f (x), g(x) lién tuc trén K va a,b,c 1a ba sb thudc K.
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oif(x)dx=0 . if(x)dx=—i f (x)dx

a

f (x)dx :'c[ f (x)dx+'tf f (x)dx o jlk. f(x)dx = k'tf f (x)dx

T

[f(X)£g(X)]dx = jl f (x)dx =+ j. g(x)dx

3.Mét s6 phwong phap tinh tich phan

b u(b)

e Phuwong phap ddi bién sb: Cong thirc dbi bién sb J' flu(xX)u'(x)dx = J' f(u)du . Trong
a u(a)

d6 f(x) 1a ham s lién tuc va u(x) c6 dao ham lién tuc trén khoang J sao cho ham hop
f[u(x)] xac dinh trén J; a,be J.

Phwong phap d6i bién s6 thwdong ap dung theo hai cach

Céach 1. Pat an phu u=u(x) ( U 12 mot ham ctia x)

Céch 2. Pit an phu x = x(t) (X 12 mot ham sd cua t).

Doi vai nguyén ham ndi chung va tich phan ndi riéng can chl y mdt s6 dau hiéu dan tdi viéc
lya chon an phuy nhu sau:

Déu hiéu C6 thé chon
Ham s6 c6 mau bit t 1a mau
Ham f (x, (X)) bat t =¢(x)

Ham (x, {/o(X), Yo(X)) bat t ="o(X)

R asin x+bcos x . X
Ham f(X)=— bat t=tan—
csinx+dcosx+e 2

Ham 1€ véi sinx bat t =cos x
Ham 1¢ vdi cosx bat t =sinx
Ham chén véi sinx va cosx t =tanx
2 2 . T T
a —X x=la|sint,—=<t<—=
2 2

x=la|cost,0<t< 7
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x* —a’ L) B PPN,
sint 2 2
x=18l gctepta®
cost
2 .2 i
X +a x=|a|tant,—~ L <t<Z
2 2
' x=|alcott,0<t<z
—— hoac ,|——
a—X a+x

J(x-a)(b-x)

Pit x=a+(b—a)sin’t

Phwong phap tich phén tirng phan.

Pinh ly. Néu u(x),v(x) 1a hai ham s6 c6 dao ham lién tuc trén khoang K va a,b 1a hai s6

thudc K thi 'Tu(x)v'(x)dx =u(x)v(x)

4. Ung dung ciia tich phan
Tinh di¢n tich hinh phing

g—ffv(x)u '(x)dx

e Néuhamsé y= f(x) lién tyc trén [&; b] thi dién tich S cua hinh phang gi6i han boi do

b
thi ham s y = f (x), truc hoanh va hai duong thang x=a, x=b 1a S = j | f (x)|dx.

e Dién tich hinh phang gii han boi cac d6 thi ham sé y= f(x), y=g(x) va hai duong

b
thing x=a, x=b 1a S :I|f(x)—g(x)|dx

Pé tinh dién tich S ta phai tinh tich phan (1) , mudn vay ta phai “pha” dau gia tri tuyét dbi .

b b
e Néu f(x)20,vxefa;b]thi §=[|f(xdx = f(x)dx

e Néu f(x)<0,vxela;b]thi S =T|f(x)|dx =f(— f (x))dx

Chua y Mubn “phd” diu gia tri tuyét dbi ta phai xét ddu cia biéu thirc f(x) . Thudng c6 hai

cach lam nhu sau :

-Céch 1: Dung dinh li “d4u ctia nhi thirc bat nhat” , dinh li “d4u ctia tam thirc bac hai” dé xét
dau céac biéu thtrc f(x) ; doi khi phai giai cac bat phuong trinh f(x) >0 , f(x) < 0 trén doan

[a;b]
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-Céch 2: Dya vao db thi cua ham sb y =f(x) trén doan [a ; b] dé suy ra dau cua f(x)
trén d,oan do . . ) .
Néu trén doan [a ; b] d6 thi ham s6 y = f(x) nam phia “trén” truc hoanh thi
f(x)>0,Vvxela;b]
Néu trén doan [a ; b] d0 thi ham s6 y = f(x) nim phia “dudi” truc hoanh thi
f(x)<0,vxela;b]

b
-Céch 3 Néu f(x) khong ddi diu trén [a; b] thitacd: S = j | (x)[dx =

i f (x)dx

e Tinh thé tich vat thé. Thé tich vat thé B gidi han b6i hai mit phang vudéng goc véi truc
b
Ox tai cac diém a,b 1aV = IS(x)dx . Trong d6 S(x) 1a dién tich thiét dién ctia vat thé bi
a
cit bai mat phang vudng goc véi truc Ox tai diém c6 hoanh d 1a x e [a; b] va S(x) la
mot ham lién tuc.
e Tinh thé tich khdi tron xoay.
e Hamsbé y=f(x) lién tuc va khong am trén [a; b] . Hinh phang gidi han béi do thi ham
s6 y= f(x), truc hoanh va hai dudng thing x=a, x=b quay quanh truc hoanh tao nén
b
mot khi tron xoay. Thé tich V dugc tinh boi cong thirc V = ﬂj f2(x)dx .
a
e Hinh phang gi6i han boéi d6 thi ham s x=g(y), truc tung va hai dudng thing
y=c,y=d quay quanh tryc tung tao nén mot khéi tron xoay. Thé tich V duoc tinh boi
d
cong thie V = 7Z'J. g%(y)dy.
C
PHAN 2: BAI TAP MINH HQA

Dang 1: Tich phan ham hiru ty
2 2

Bai 1: Tinh tich phan / = [———dx
1 X" =Tx+12
" o169 2
Huéng din: =] 1+ yimy = (x+16In|x—4/-9In[x-3[) = 1+25n2-161n3.
1 X — X —
. 2 dx
Bai 2: Tinh tich phan 7 = | —
1 X +X
Huéng dan: Taco: %:—l+%+ 2x
x’(x*+1) X x0 x+1

2
= 1= —1n|x|—i+11n(x2+1) = Smar s
) 1 2 2 8
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Bai 3: Tinh tich phan 7 = j xdx
O(x+1)°
Huéng din:
Taco: — X =Xl e :>1:jl[(x+1)—2—(x+1)—3]dx:1
x+1)°® (x+1)° 0 8
Bai 4: Tinh nguyén ham 1 = judx
Qx+1)*
4 3
Huéng din: Taco: foo=+| =L | 2L o2t 2=h) e
3 2x+1 2x+1 9{2x+1
1 7
Bai 5: Tinh tich phan 1 = [——dx
o(1+x%)°
Huéng din: Dat 1 =1+ x> = dr =2xdx :>1_—j(t_1) =1L
£ 4 23
Bai 6: Tinh tich phan 7 = j X (1= x)dx
0
x 3 2 —dt 11 6 1 t7 2‘8 1
Huéng din: Dt t=1-x" = di=3x’dx=>dx=—=1=—[*(U-ndi =~| = —— |=—.
352 3 307 8) 168

1
Bai 7: Tinh tich phan I =[x (1-x")°dx

x 3 2 —dt 11 6 1 t7 tS 1
Huéng din: Dt t=1-x" = dr=-3x dx:>dx=—:>1=§ft (=ndt=2| — -2 =72
0

3x2 8/ 168
22001
Bai 8: Tinh tich phén I = | —————.dx
{ (14 x2)1002
1 52000
Huwéng dan: Ta co: I—l 2xdx Bt t=1+ x> = dr =2xdx

201+ x>)201 4 x%)?

_jv 1>1°°° a-Lifi-! R OO A T B

1+«/_

2 2
Bai 9: Tinhtich phan 7= | —*—1 4
1 X —x"+1
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1+i
o oxP+ 2 s 1 1
Huwdng dan: Ta co: I 1 . Datt=x—-——=dt= 1+—2 dx
x T —x"+1 | X X
X
z
4
= 1= I .Pat t=tanu=dt = dz :,>I=4fdu:E
Ot +1 cos” u 0 4

Dang 2: Tich phan ham vo ty

Bai 1: Tinh nguyén ham I = j;dx

3x+\l9x2—1
dx = x(3x—\i9x —1)dx = 3x2dx — [xV9x% —1dx
3x+\/9x -1 I I I

Laico I, =j3x2dx:x +C

Huéng dan: Tacd I = f

3
= [x\9x” —1dx :%I\/9x2—1d(9x2 —1):%(9%—1)2 +C,

3
= 1=i(9x2—1)2 +x°+C
27

) L,
W Sh e v

»\él+xﬁ

Patt=y1+xyx < 2 —1=xfx = =2 -1y <:>x2dx=§t(t2—l)dt
3

= j%(ﬂ—l)dz:%ﬁ—%ﬁc = g(«/1+x«/;) —%x/1+x\/;+cl

o x 2 cd(1+xx) 4 s
DPbiveoi I, = [ ———dx __—__1+ I+C
vot 1, I ﬁ+x\F ﬁ+x\r 3 x

Vay: [ =— («/l+x\/_) +C

Huéng din: Tach e I

Lai ¢6 I = [——

Bai 3: Tinh tich phan 1 = I 23

3\/x+1+x+3
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Huéng din:
2 2
Pit t=x+1=2du=dx = I = j—gt :j(2r—6)dt+6jidt=—3+61ng
1243042 1 1+ 2

30x% 4 x— 1
Jx+1

Huwéng din: Dit \/x+1=t<:>x:t —1 = dx =2tdt

Bai 4: Tinh tich phan I = j

2
Tz(r2—1)2+(z2—1)—1

t

_4

= 1=

15

2 415
2edt  =2[ (2" =3t")dt = ?—2#
1
5 2
Bai 5: Tinh tich phan 7 = 1 ax

1 x\3x+1

x 2tdt
Huéng din: Par 1 =3x+1 :dx:_d

2
-1
4 +1 4 4
3 2tdt 2( 1 3 r—1 100 9
L2 e 21 el w00,
3
5 2
. x°+1
Bai 5: Tinh tich phén I = | ————dx
'!xx/3x+1
. x - 2tdt
Hwoéng dan: Dat r=\3x+1 =>de="2
2
2 -1 |
T 4 4
2edt _2(1 3 t—1|" 100 . 9
=1= I . =—|=t"—t| +In|—| =—+In—.

3

1
Bai 6: Tinh tich phan 1 = [ (x—1)*V2x— x’dx
0

1 1
Huéng din: = (x—1)°\2x — x%dx = [ x4+ DN2x = x2 (x — Ddx. Pat 1 =\2x — x>
0 0

:;[:_3_
15

Bai 7: Tinh tich phan 7 = j

\/x —x+l
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Huéng din:
1 / 2 1 / 2 1 1 / 2
Taco Izj I+x l+x2 dx:j—l+x I+x dx =lj(l+lex—I I+x dx
S+ —(1+xY) 5 2x 25\x 52

+ 1 =1} L dx:l[ln\x\+x]|1 ~1
A 2 !

‘1= j- V1+x2
-1

Vay: I=1.

dx .

2x

2
Bai 8: Tinh tich phan 7 = |
1

Huéng dian: Taco Ta co:

Vi(-tdr) O

22y
Dit t =\1+x%> = =1+ x> = 2tdt =2xdx = |,= j =0

N 262 - 1)

’\/4—x2

X

s

2
I=| 2x xdx. Pitt = N4—x2 =1* =4— x? = tdt = —xdx
1

X
2-3

dx

2 )

| =
- \%4—;2

3
Bai 9: Tinh tich phan 7 = |

X
d
o1+ T+ 022+ 1+ x)? )

)dt = (t+ln

[

54 2443

-4

0
dt:]z(1+ J :[J§+1n J
\/g r+2 \E

2

4
Huéng din: Dir 2+\1+x=1= 1 =j(zt—16+4—t2—%jdr=—12+421ng
3 t
L dx
Bai 10: Tinh tich phan 7 = |
01+ )1+
i \ Lo e Lo
Huwéng dan: Dat t = 1+x° = 1= j—zdt: I—z
(P —1)3 " 2313
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3 2 2
Dat u=1-—=d :3_37 I = u_du_l u 3du:l
t t 0 0 3
22 o
Bai 11: Tinh tich phan | 1 dx
ﬁ(X—J x%+1
X
Hu’()’ngd?m' Pt t = 2+1

3 (1 1) SRAN, LI [ S
== dt = (12d
£ -2 £ 2, {t Hlﬁ-z
27\/_ 2
1x+J_

Bai 12: Tinh tich phan I =

Huéng din:

& N
Ditt=8x = 1= S =2 d=5j3{1_3 2 __1 }dtzS(\E_

L 17 +1) 1 o241 P+l

Bai 13: Tinh tich phan I = j (x° + x4 - x7dx
-2

N | —

W | =

dt =—
3

N | —

1
N5

0

19 \Q_ (4+\/_]

4-2

1+lngj—5—ﬂ
3) 12

2 2 2
Huéng din: | = j(x5+x2)x/4—x2dx: [ Va-xPdx + [ x*4-x>dx =A+B.

-2

2
+Tinh A= j N4 —x*dx. Dt t =—x. Tinh dwoe: A = 0.
-2

2
+Tinh B = [ x*N4—x?dx. Pt x=2sint. Tinh dugc: B = 2r.

-2
Vay: 1 =2r.

2 _ 2
Bai 14: Tinh tich phan / = | 54 X Jax
2x

1
2 / 2
Huéng din: ] = j 3 —j 4—4x

1 2x* 1

dx .

47
+ Tinh [, —Jl‘de——J‘x dx—E

+ Tinh Jz—j“ X

1 2x

dx. Dat x =2sint = dx =2 costdt.
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z z i
2 2 2
:)Izzlj-cos tdt:ljc tz{ 5 ]dt: lj cot td(cott)——3
87 sin“r 8 sin” ¢ 87 8
6 6 6
1
Vay: 1=—(7-243)
16
3
Bai 15: Tinh tich phan 7 = | V2 —1dx
&
X
x / 2 du=—=d
Huéng din: Pgr {4=Nx" 1o ! 21 *
dv =dx S

:>I=xwlx2_3 de 5v2 - j{«/_ \/i}dx

3
_5\/_ fzx/x - dx—\/_ﬁ—S 2—I—ln‘x+’\/x2—1HfE

= I:i—ln(\/a+l)+iln2

Dang 3: Tich phan ham lwgng giac

2 .
Bai 1: Tinh nguyén ham 1 = SCOS, xosin2x=3
SIN X —COSX

Huéng din:

sinx —cosx)” +4cos2x . ) )
I( ) dx I[(smx—cosx—4(s1nx+cosx)]dx =3cosx—5sinx+C.
Sin x —COS X

cotx—tanx—2tan2x

Bai 2: Tinh nguyén ham 1 = | : dx
sin4x
Huéng dan: I:J-200t2)‘c—2tan2x dx=_[2(f0t4x i — 2_[ cos4x dr—— -1 L C
sin4x sin4x sin? 4x 2sin4x
CcO 2 (X‘ng
Bai 3: Tinh nguyén ham 7 = dx
sin2x+cos2x+\/5

Huéng dan:

1+c0s(2 +ﬂj
4 dx

el p ey
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cos(2x+”j
1
:2\/5 .[ ' 47r dx+j dx 5
1+sm(2x +4j {sin(x +ﬂ)+ cos(x +7Tﬂ
8 8
T
1 cos(2x+4j 1 i
- [j dx+EI—3
N2 1+sin(2x+ﬂj sinz(x+ﬂ)
4 8
:L In 1+sin(2x+£j—cot(x+3—”j +C
4\/5 4 8
dx

v

Bai 4: Tinh tich phan 1 = |
7 2++3sinx —cosx
3

1

T VA
Huéng din: I:lj‘ dx :I:lj d
2 T 4 .20 X
”l—cos(x+j 7 25sin (
3 3 3 2
i
¢ 1
Bai 5: Tinh tich phan 7 = | dx

0 ZSinx—\ﬁ

)

z z LI I R

6 cos ¢ ““l276) 276
=I d —J- dx

0 sinx —sin = 02cos| X+ |sinl =%

2 6 2 6
4 X T T X T

16COS(2_6] 1681n(2+6j ‘ x z ‘o z

—I d. +—f dx =Infsin| ——— ‘6—lncos 4+ = ‘6 = ...
2% 2y 2 60 2 6 )l 1o

S

2
Bai 6: Tinh tich phan 7 = Icos 2x(sin* x + cos* x)dx
0
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T

oSy

2
Huéng din: ] = jcos2x 1= Lgin? 2x |ar =1
0 2 2
z 4si 3
Bai 7: Tinh tich phan 7= [2 "y
i 0 1+cosx
Huwdéng dan:

. 3 . 3
, 4sin" x 4sin” x(1—-cosx
Taco = (2 )

sin” x

1+cosx
T

== '[05(4sinx—2sin2x)dx =2

2z
Bai 8: Tinh tich phan 7= [ J1+sinxdx
0

. 2 X X 2 2
Huéng dan: [ = I (sin—+cos—j dx = j
0 2 2 0

3z

. X X
SlIl—-i—COSE X =

(1 —%sinz ZxJ d(sin2x) =0

=4sinx—4sinxcosx =4sinx—2sin2x

2
. X T
sin| —+— |dx
(2 4)}4

B 27
:\/5 isin(%+% x—jsin(£+§jdx =4\ﬁ

3z

2
sin 2 xdx
3+4sinx —cos2x

Bai 9: Tinh nguyén ham 1 =

2sin x cos x

Huéng  din: Ta co: I=

dx. Dat t=sinx

25in2x+4sinx+2

I=1n|sinx+1|+ +C

sinx +1
dx

Bai 10: Tinh nguyén ham 7 = |
sin> x.cos> x

dx dx
3 3 2y 8I 3 2
SIN™ X.COS™ X.COS™ X Sin”® 2X.cos“ X

Huéng dan: | = I

Pat t=tanx. [ :I(t3+3t+§+t_3jdt:itan4x+%tan2x+3ln‘tanx‘—

t

2011 . .
\jsmzonx_smzomx

Bai 11: Tinh nguyén ham 7 = | 5 cot xdx
sin” x
Hudng dan:
20101 — 201/
, in2 —cot’x
Taco: 1 =j 4sm X cot xdx = j—400t xdx
sin” x sin” x
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2 4024 8046

Dt t =cotx = sztm(l+t2)tdt=%tm 2010 on 4 ¢
4024 8046
4024 8046
= 2001 zonn 4 20 oo 40
4024 8046

T
Bai 12: Tinh tich phan 7 = [ sin’ x(2 =1+ cos2x)dx

2
Huéng din:

T T
Taco: I = J2sin2xdx—jsin2x 1+cos2xdx=H+K
T

2

SR

T
+ H= jzsinzxdx= j(l—cos2x)dx=;z—§=%

T

5
T
f sin )C\/ZCOS X = xfjsm xcosxdx = f'[sm xd(sm)c)—£
T
2 2 2
:I:Z_ﬁ
2 3
3
Bai 13: Tinh tich phan | = j sIin2x_g
5 2+S|nx)
E 2
Hu’o’ngdan I= —sm2x dx:2_[—smxcosxzdx.
0 (2+s1nx) o (2+sinx)
. 3t-2 3(1 2 2\ 3 2
Dat t=2+sinx.= [ =2[—=dt=2[| === |dt =2 Int+= | =2In=-=
5 t2 t t2 t ) 2 3

7[

sin4x

Bai 14: Tinh tich phan I = j dx
\jsm x+cos® x

V4 1
] 4 gin4 4 4
Huéng din: 7=[——"" ¢ it £ =1->sin22x = 1 = j(-zi N
0

. D3 1
1—§sin2 2x 1
\j 4
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T
4 / a2
Bai 15: Tinh tich phan 7 = [ S0NIZ €08 Xy,
. cos” x
_ 3
Hwéng dan:
r r Z
4 4 0
I = J s1n2x x/l—coszx.dx= f al lsinx|dx = j sin.x |smx|dx+j |smx|dx
7 COS” x 7 COS” x zpcosTx ocos X
3 3 3
E
0 2 .2
7
J- sin X szxdxz—ﬂ—«/g—l
,Tcos X Ocos X 12
3
z
2 2cin v
Bai 16: Tinh tich phan 7 = [ 20X —2€0X
o (sinx + cos x)
Huéng din:
i r
2 G P 2 Ry
Dt x=£—t:>dx=—dt - I=J-3cost 281n3tdt= 3cosx ZSIH;Cdx
2 o (cost+sint) o (cosx +sin x)
z z z
2 2cin v 2 1
:2121+I:j3smx 2cosxdx J-3cosx 2smxdx: 1 de:1:>1:—
0 (sinx+cosx) 0 (cosx+s1nx) o (sinx +cosx)
T .
Bai 17: Tinh tich phan 1 = [ ——""—dx
ol+cos”x
Huéng dan:
t t t
Dit x=r—t1=du=—di=1=[ TNy _ o7 sl
0 1+cos® 1 01+cos t
T . 2
Y. smt2 df = © d(cost) 72'(7Z-+7Z-j2>1—ﬂ-—
ol+cos™t 01+COS t 8
z
‘- o er A 3 sin x
Bai 18: Tinh tich phan 7 = | dx
0 cosxy3+sin® x
Hwéng dan:
Dat t:\/3+sin2x = \/4—0052x .Taco: cos®x=4—rt>va dp = 2BXC0 Y

\l3+ sin? x
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= = Jis Jis

3 sin x 3 Sin X.COS X 2 dr 1 2( 1 1
| = dx = dr= =— [ |—-—

gcosx\/3+sin2x '([coszx\/3+sin2x %4—# 4\5 t+2 -2
1 z+2 \/E+4| a+2l] 1
_Zln 54 In N,_ ‘ E(In(\/_+4) ln(\5+2))

tan x

1[
= —|In
4
T
4
J
T
6

Bai 19: Tinh tich phén I = dx
coSs xxlll +cos” x
Huéng din:
i
p 4 tan x
Taco: I = dx = dx

cos’ x\/ﬂtan2 x+2

,_,
o
=
=
NN — YN

1
Dt u=tanx = du= =1= Pat t=Nu*+2 =dr = du.
cos” x 1 Vu +2 u? +2
&5
GG J13-\7
=1=[di=t=3-~=""F"~
A
3
7
‘s R A 2 xsinx
Bai 20: Tinh tich phén I = dx
rcosTx
. 3 ‘
Huwdéng dan: Sur dung cong thirc tich phdan tung phan ta co:

z z i i

3 3 3 3
szxd ! S —f dx =4—E—J,vo"i]=j dx

i cosx ) cosx| z ° cosx 3 . COSX

3 3 73 3
z B 3
3 2 B3
; . 1 —1] 2 2—
Pé tinh J ta dt 1=sinx. Khids J= | 2= ] 4 __Lip=HE V3
pcosx -t 2 |t+1 {5 2+J§
3 2

2-\3
2+x/_

Vay 1=27 _In
dy ==

Tran Thong swu tam va bién soan Facebook: Hpi Toan Bdac Nam



Tai liéu on tap gidi tich 12 hoc ky 11

T

Bai 21: Tinh tich phan I = j[lnsmx]exdx
+ COS X

1425 X X
1+sin x + SIHECOSE

X , 1 X

Huwdéng dan: Ta co: N = = + tan —
+eosx 2cos? X 2cos? d
2 2

Dang 3: Tich phan ham mii logarit

1+\/_
Huwéng din: Dt t:\fe_x:exzt = e"dx =21dr .
3
:>1=2j1’—dz= §t3—t2+2t—21n|t+1|+c =§ex\/e_x—ex+2\/e_x—21n‘\/e_x+l‘+c
+1

(x? + x)e*

x+e*

Bai 1: Tinh nguyén ham I = j

Bai 2: Tinh nguyén ham [ = dx

Huéng dan:

= J'(.X' +X)e dx Ixe (x+1)e dx. Dat[_xe +1 =1= _xe +1- 11’1|.X€ +1|+C

x+e xe* +1
2\x
Bai 3: Tinh nguyén ham 7 = Iln(l+x ) +22011x W
ln|:(ex2 +e)x +1i|
x| In(x? +1)+2011]

dx. Dat t=In(x*>+1)+1

Huéng din: =
wing din: 1= o+ D In( +1)+1]

I =ljt+2010dr =%t+10051n‘t‘+€= %m(x2 +1)+%+10051n(1n(x2 +D)+D)+C

e X
Bai 4: Tinh tich phan J = [—*< 1 4¢

| x(e* +1nx)

x td(e* +1 ¢ +1
Hudéng dan: J=IM:1n|ex+lnx| &t
| ¢ +Inx 1 e

n2 5 3x
Bai 5: Tinh tich phan 7= | 32 rer -l dx
4 +e - +1
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In2 4 3x 2x _ x ¢ 3x 2x _ x In2 3x 2x _ x
le()’ngdﬁn: I=j3e +2e 3 e 2(6 +e e +1)dx= J- 336 +22€ < »
0 et +e —et +1 ol +e —e +1
= In(e™ + ¥ — e +1)1112 N2 o n11-ina= ln%
3In2 dx
Bai 6: Tinh tich phan 7= | -
0 (%je_x+2)
X
B 3In2 E X X
Hwoéng dan: [ = I _erdx Ddtt=e3:>dt:le3dx :>I:g lng—l
X 3 4{ 2 6
3(\/_+2)

In15 2x X
Bai 7: Tinh tich phan 7= | (e - 24

3In2 ex\/ex +145e* =3ve* +1-15

Huéng din:

. 4sin’ x 4 sin’ x(1—cosx)

Taco =4sinx—4sinxcosx =4sinx—2sin2x

1+cosx sin? x

T

— ] =I()E(4sinx—2sin2x)dx:2

2
Bai 8: Tinh tich phan 7= [ v/1+sin xdx
0

Huong din: Par t=ve* +1= 1> —1=e* = e*dx = 2dr .

4
. I(2; 10t)dt_I( o 3 T :(2t—31n|t—2|—71n|t+2|)‘4
T P-4 2 ’

t—-2 t+
=2-3In2-7In6+7In5
In3 2X
Bai 9: Tinh tich phan 1 = [ —— dx
n2 €" —1+«/ex—2
Huéng din: Parr = e* -2 = > dx =2tdt

- Zf(t + et _ 2[( 2 +1 jd’ _ zj(t—l)dt N 2JM
0 P +r+1 £ +r+1 0 i+l

= (zz—zt)\o + 21n(t2+z+1)\ = 2In3-1.
In3 e 3x _ 2x

Bai 10: Tinh tich phan I = .[
e“\de* -3 +1
tdt

Dt t = 4> —36** = 12 = 463 36 = 21dt = (126> — 66> )dx = (263 — > )dx = 5

Huéng dan:
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17 1d
j%:—[( ——)dt =—(t—ln‘t+1‘)‘

8— ln5

3

1

In5 2x
Bai 11: Tinh tich phan 7 = | A »

mzde -1

2 3
Huéng din: Bdttzx/ex—l<:>t2=ex—1:>dx=2t—ft:>1:2.[(12+1)d:2(%+t} _20
e 1
2% 27
Bai 12: Tinh tich phan 1 = I—dx
14 142
4 X - X —-X X -X X —x\2 1 81
Hwéng dan: Dat t=2"+2" =24 +4 " 2=2"+2 ") -4 = | = In—
4In2 25
h 6”dx
Bai 13: Tinh tich phan | = [ ——=——
29 +3.6"+24

3 3
2" 3Y" I % & _Inl5-Inl4
Huéng din: I=J. Patt=|=|.I= '[
2x X 2 In3—-1n2 l2+3l+2 In3—-1In2
o3 3 1
—| +3 > +2

2
lnx*\/2+ln X

X

Bai 14: Tinh tich phan I = j dx

2357 )

3
x 21
Hudng dén Pt t=2+1In’x = dr = 1Y ix :>I=%_Rﬁdt
X
2

2

e

Bai 15: Tinh tich phan 7 = j o
xInx.Inex

2 2
e

Huwéng din: [ = .[

e e
j (In x) = [|— (Inx) = 2In2 — In3
xlnx(1+lnx) Inx(1+1nx) . In x 1+lnx

e

e
) . . R I
Bai 16: Tinh tich phan 1 :J‘%dx
1 xy1+31In% x
Huéng din:
e 1 e In2 e 2 )
I I og2 _I n dr — i I In” x .lnxdx
1 x\1+3In% x 1x\/1+31n2x In 21\/1+31n2x x

Dt N1+31n2 x PR S (r ~)=Inx. d—z%tdt
X
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2
4

. 27032

Suyra I= ! [1t3—tj
9In°2\3

e
Bai 17: Tinh tich phan 14%12)1?%
x(I+Inx

1

e

Hudéng dan: Idx ZJ.

x(1+ln x) Jl.x(l—i-lnx)

¢ Inx

Tith_j dx.Pit t=1+Inx = J = j—dz—l In2.

x(1+lnx)
Vay: I—e—3+2ln2.

3

e 2 2
Bai 18: Tinh tich phan 7 = [ 2 X —xlnx +3
2 x(I-Inx)

% 3
e

Huéng din: [ = 3J‘;dx—2_flnxdx =3In2—4¢> +2¢°

2x(l In x)
n(v/x 1+1)
X— 1+»\/

Huéng din: Par 1 =n(Nx—1+1) = 2dr =

Bai 19: Tinh tich phan | _.[

In3
:1—2[ dt=1n%3-1n>2.

dx
X-l-i-\fx—l n2

. < In®x
Bai 20: Tinh tich phan | = | ———=dXx
P '[x«/1+lnx

Huwéng din: Dar t=+1+Inx —1+Inx=¢ :@=2m’t va ln3x:(t2—l)3
X

2

2
Izj(t_

1

2
=330 - t:j(t —3¢ +3t——)dt—$—ln2

sznx

Bai 21: Tinh tich phan 1 = .sin 2xdx

o
i

=sinx du = cos xdx

i
~ 2 .
Huéng dan: [ =2 "™ sinxcosxdx. Dt .
0 dv = "™ cos xdx y=e""

T v

z
E 2 O
=3 :2sinxesmx|§ — [€""¥.cos xdx =2e—2¢™"*|3 =2
0
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1
Bai 22: Tinh tich phan 7 = [xIn(x® + x + 1dx
0
Huéng dan: Dt u=In(x"+x+1) x +x+1
dv = xdx
y=—
2
X D olonda?
I="In(x*+x+1)| —=[5——dx
2 0 0X +x+1
1 1
L 3——](2x Ddx + jﬂ A 3y, NE;
2 Ox +x+1 4Ox +x+1 4 12

Bai 23: Tinh tich phan I = j

Huéng din:
=Inx
pat{  _ dx = du=—"=
\f_x-fl v=2\x+1
8
+ Tinh J:j 1y
X

Pit t=vx+1=J= j— 2tdt_2j

[T

= 1=(2x+LInx);

8
dx=6In8—41n3-2J

Nx+1
X

8
_2J‘
3

2

-1 zf —1
=[2t+ln—j‘ _2+In3—1In2
t+
Tirdé 1=20In2—61n3—4.
Bai 24: Tinh tich phan I = J'ln(HD dx
X
u=In(x+1) du:ﬂ | 2 g 3
Huéng din: Dar e < x4+l o L) +j——31n2——1n3
dv=—2 v——l X I < (x+Dx 2
. -

1

2
Bai 25: Tinh tich phan 7 = | xh{
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2 1
1+ x du = 2dx 13
Huéng din: Dt uzlnl_x: gl—x) :I:l x2ln(1+—xJ2—J‘x2[ 2 szx
dv = xdx p= 2 I-x o 0 \l-=x

1 1
2 2 2
:1n3+j ;c 1113 J‘{ —}d W3 1.1,2
8 ox-1 oL =D+ 8 2 23
In*x+e*(e* +In” X)dx

1+¢*
2x

Bai 26: Tinh tich phan | = j

1

=H+K

Huwéng din: Taco: [ = Iln xdx+J
16 +1

+ H= Iln x.dx. Pat: u=1n* XY D H=e— j21nxdx—e 2
dv=dx

2x 5 . e+1t_1 . e+1
+ K= j dx.bat t=e" +1 = =1, = I —dt=¢"—e+1In
t

16 +1 e+1 €e+1
e+1

Viay: I =e¢°-2+1In
e +1

4
Bai 27: Tinh tich phan | = I In(vx? +9 — x)dx
0

Huéng dan: Ddt{ —ln(\Ax +9 - x):>l xln(xix +9 — x)

dx =2

4
dv =dx +I\/x +9

Dang 4: Tich phan tong hop nhiéu loai ham s6
1 4
Bai 1: Tinh tich phéan I = I[xzexs + \E de
0 1+ \/;
1 1 4
Huéng dan: [ = Ixzexadx+ A dx
0 ol+ \f_

1 1
. 3 . 1 1
+ Tinh I, =J‘x26x}dx. Dat t=x> = I =—jetdt=—et
0 30 3

1 4
+Tinh I, = [~ N pat t=x = 1, 4j Sdr=4 (_sz
o1++x o1+17° 3 4

Vay: I:%e+7r—3
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(# Na—? —x2) ax.

Bai 2: Tinh tich phan I = j

F

leo’ngdan
I= Ixezxdx I\/idx=ll+12
e’ +1
+ Tinh Ilzjxezxdxz 1
) . 16
+Tinh 1, _j —dv. Dit 1 =\4—x =1, =3B+2
04— x> 3
2
=< 359
4 12
x?+1
Bai 3: Tinh tich phan 7 = f S etdx
0(x+1)

Huéng din:

20 2 2
Dit t=x+1=>dx=di I = #e’_ldtzj-(l+%—%)et_ldt= e—1+%[—%+eJ=l
t

1 ! 1 t e
\/5 3 Ax*+1
Bai 4: Tinh tich phan 7 = | 2<%
0 1+ x?

2 2
Huéng din: Dir 1 =\1+x" > dv=tdt = I =[("-De'dt = [’e'dt—e'

2
=J—(e* —e)
1 1

2 2 2 2
+ J= Itzetdt e - I2tetdt —4e? —e-2|te!| =
1 [ 1

2 2
Ietdt =4¢? —e—2(te' —¢") |
1

Vay: 1 =’

xln(x2 +1)+ % e

Bai 5: Tinh tich phan 7 = |

¥ +1
x , xIn(x2+1) x(x>+D)-x xIn(x>+1) x
Hudng dan: Taco: f(x)= + = i
x> +1 x> +1 x> +1 x> +1
1 2 2 1 2
= F(x)= x)dx=—|In(x"+Dd(x“+1D+ | xdx —— | dIn(x” +1
(0= [ fx)dx == [In(x” + D + 1+ [oxdx = [d In(x +1)

iln (x +1)+;x - ln(x2+1)+C.
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1n(x+\lx +9) 3x3dx

Bai 6: Tinh tich phan 7 = |

0 \/x +9
[ 4 / 4
Huéng dn: 1= jln(“ x2+9)_3x3dxzjln(“ x2+9)dx—3J.dezll—312
0 \/x +9 0 \/x2+9 oNxZ+9
4 ,
+ Tinh 1rl=j1“(x+ x2+9)dx.Ddt ln(x+\/x2+9)=u:,>du: L
0 \/x2+9 x> +9
In9 2 2 2
— udu:u_1n9:1n 9-In“3
: er!3 2 |In3 2
+ Tinh I, = dx . Dat *\/x2+9:v = dv= dx, x2=v2-9

X
J‘x/x +9 o x> +9
=1, _j(u ~9)du = (——9 )‘5 i

(x4 +9) - 3x3d ;3 _11129—11123_44

Vay 1 =] —3], =
yg \/x+9 Th ’ 2

Dinx+2x%+1
2+xInx

dx

e 3
Bai 7: Tinh tich phan 7 = [~

Huéng din:

e e ¢ 3 3_
I:J.xzdx+_|‘ﬂdx. + .fxzdxzx— _e -l
1 2+xInx 1 3h 3
e 3_
+J- +lnx J-d(2+xlnx)_ln|2+xlnx||f :1n€+2lde: ;=€ 1+1ne+2
12+xlnx 2+xInx 2 3 2

Bai 8: Tinh tich phan | =

j‘- In(5—x) + x3~/6— X i
XZ
1

4 4
Huéng déin: Taco: | = | '”(52_X)dx+jx\/5— xdx=K+H.
1

1 X
Ao u=In(5-x)
+K:jwdx.3dt dx = K=>In4
2 dv:— 5
X x2
164

4
+ H=[x\/5—x.dx. Pat t=~N5-x = H=""—
15

Vap: 1=>1n4+9%
5 15
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N . 8 Inx
Bai 9: Tinh tich phan | = dx
34 x+1
u=Inx _dx g 8 [ .1
Huéng din: Pt e B = du-; =1=2 x+llnx‘ —ZJ X
= 3

Jx+1 v=2+x+1 3 Y
8 34572 3

+Tinh J = | N Part=x 1 :J:jzr dt:zj[HL)dt:zﬂn?,—lnz
3

X 2t2—1 2 tz—l
=1=6In8—4In3-2(2+In3-In2)=20In2-6In3—-4

x(cos3 X +CoSXx+sinx)

1+cos” x

dx

T
Bai 10: Tinh tich phan 7 = |

0
Huéng din:

T 2 . .4 T .
Ta co: Izjx[cosx(l+cos x)+smx]dx:Ix.cosx.dx+jﬂdx:J+K
0 0

1+ cos® x ol+cos”x
T = T T T
+ Tinh J:Ix.cosx.dx.Ddt u=2x :J:(x.sinx)‘ —J.sinx.dx:0+cosx =-2
0 dv = cos xdx 0 0 0
T x.sinx
+ Tinh sz'—dx. Pit x=m—t = dx=—dt
ol+cos”x
:>K=7_|€(”_t)'szin(ﬂ_t)dt=]T(ﬂ_t)'szimdt=7J€(7T_x)'szinxdx
o l+cos“(r—1) o l+cos™t o l+cos™x
:>2K=]5(x+7r—x)2.sinxdx=7z7r sinx.cix :>K=z]€ sinx.a;x
o l+cos™x ol+cos” x 25 1+cos” x
1
o . T dt . 2
DPat t=cosx = dt =—sin x.dx :K:EI—2, dat t=tanu = dt = (1 +tan” u)du
1+1¢
-1
r r
4 2 4 i 2
1
:>K=z I —( *tan ;t)duzz I duzz.u‘4 -
2 l+tan"u 27 2—24
4 4
2
Vd
Vay I =—-2
ay 4

2 . .
Bai 11: Tinh tich phan 7 = 3 X+ (xtsinxsing
% (1+sin x)sin® x
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2z 2 2r 27
Huéng din: = J-3 x(1+smx)+512n xd J-3 d dx+_[ﬂ3 d)‘c CHiK
3 (I1+sinx)sin” x 3 sin” x 3 1+sinx
27 U=x
+ H = I3 de. bat . dx = fu_:_‘i);tx:;H:%
3 sin”x sin” x - 3
=l dx 2z dx 2z dx
+ K:Lg _(3 —(3 —J3-2

1 T T
3 Lrsinx 3 1+cos Z _x 3 2cos’ r_x
2 4 2

%+«/§—2

Vay I =
z
4
Bai 12: Tinh tich phan 7 = [ In(l+ tan x)dx

T

x T 4 T
Huong din:  Par =X = I'=[In|1+tan 7t =
0

1—tant
ln(1+ )dt=
1+tant

O — |y

2
1+tant

dt

= YL
—
=

T

4 r
In2dt - | In(1+tann)dr = t.In2lg —1

O iy

— 27="1m2 =1="m2.
4 8
2

2
Bai 13: Tinh tich phan 7 = [ sin xIn(1 +sin x)dx

0
. 1+cosx
. x ., Ju=In(1+sinx) du= dx
Hwoéng dan: Dar = :
wong dan: £d {dv:sinxdx 1 +sinx
V=-—COSX
r E r
) z o2 —sin? X Z . /4
I =—cosx.In(1+sinx)[2 + Icosx _[ = _[(l—smx)dx:——l
0 0 1+smx +s1nx 0 2

PHAN 3: BAI TAP TRAC NGHIEM LUYEN THI
CHUONG 1: NGUYEN HAM TiCH PHAN
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()
Cau 1. Cho biét | t’dt=xcos(zx). Tinh f(4).
0

A. f(4)=23 B. f(4)=-1 C. f(4):% D. f(4)=3%12
Cau 2. Cho biét F ( j Eolt Tinh F'(0).
A. f'(0)=23 B. f/(0)=2 C. f'(0)=-23 D. f'(0)=1

2 3 16f(\/t_)

Cau 3. Cho f(x) laham lientuctrén R va [ xf (x*)dx=4, [ f(t)dt=2, | N dt=6
0 2 9
4
Tinh tich phan | = [ f (x)dx.
0
Al B. 10 C.12 D.9
1
" 2 : o 1
Cau 4. Cho m>0. Tim di€u kién cua th 0 m dé tich pha dx>1
0o m 1m dicu Kién cua tham SO m de tich pnan .([m
A.m>l B. m>0 C.O<m<l D.m<l
4 4 4
A . i g rsint
Cau 5. Tim dao ham cua ham s0 F (x) = det .
1
A. F’(x):w B. F'(x)=sinx C. F’(x):smzX D. F'(x)=xsinx
X X

Cau 6. Cho ham s6 F (x)= J'ltdt . Ménh d¢ nao dudi day 1a dang.
e
1

A. Gia trj cua ham s6 tai 1 1a F(1)=1

B. Ham s6 F (X) dat cuc tiéu tai x=0

C.Hams6 F (X) dong bién trén R

D. Ham s6 F (X) c6 dao ham la F'(x) = xe*
Cau7.Cho f (X) 12 ham s lién tuc trén doan [a, b] va F (X) la mot nguyén ham cua f (X)
trén [a,b]. Khi d6 khang dinh nao sau day ding?

A. Dién tich S cta hinh phéng gidi han boi dd thi ham sé y = f (X) , truc hoanh va hai duong
thang x=a,x=b dugc tinh theo cong thirc S =F (b)-F(a).

B. | f(x)dx=F(b)-F(a)

C. | f(Ax+B)dx=]F( Ax+B)]z (A=0)

D m— T T —
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D. j{kf (X)dX:k[F( F(a)] (k la hang s6)

a

Céau 8. Két qua tich phan

I jdx duogc viét dudi dang e —% Tinh gia tri biéu thic
nXx

a+b+ab ..
A.3 B. 2 C. 4 D. 8

4
VX2 —4x+4—4dx.

Cau 9. Tinh tich phan 1 = |
0

A. 31 B. 35 C.38 D. 40
Cau 10. Cho f(x) la ham s lién tuc trén R . Ménh dé nao duéi day la dung.

f (sinx)dx = %j.f(x)dx

0

1

f(2x)= ZI f(x) B.

0

(f(x)+2)dx=2+if(2x)dx D. If(x+2)dx:2+jf X ) dx

A.

O'—-.N\N

C.

Ot o O ey

Cau 11. Gia str I xIn+/1—xdx = 6—% In3.Tim gia tri cua a.
-8

A 0 B. 2 C.3 D. 4

1
Cau 12. Tinh tich phan 1 = J'[e’X2 (x+sin 2X):| dx.
-1

A -1 B.0 C.1 D. 2

Cau 13. V6i a<—1, két qua tich phan j (x*+3x+2)dxdat gid trj 16n nhét khi gié tri clia a la:
0

A. -3 B. -2 C. —g D. -1
Cau 14. Tinh nguyén ham | = .[ex*exdx.
A l=¢" +c B.l=¢""+c¢ C.l=¢e"+c D. =" +¢
1 2 1 2
Céau 15. bat a:.[ X —adx . Két qua tich phan I X ~dx la:
1+ 1
1 1
A . l1-a B.1+a C.=--a D.--a
2 3

1
Cau 16. Xét tich phan | = j J1—x2dx va phép dbi bién x =sint.Ménh dé nio dudi day 14 sai.
0

. 1
A. | ZEI(E+WJ B. I =Icostsintdt.
2 2 0
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PN
C. | = | cos®tdt. D. I:%(Hsmmj

2 0

o'—.N\N

Cau 17 Trong cac ménh dé sau,c6 bao nhiéu ménh dé ding?

A3
(1):Isin2xdx=Sln Xic (2): _[ ax+2 d x=2In(x*+x+3)+C
X2+ X+
. X [ ox —X _ 6" . X —X _ A—X
(3).[3 (2+3 )dx—m+x+C (4).je (1-e™) dx=e"*-x+C
(5):I(Zx3 +sin x)dx:6x2 +cosx+C (6):jtanxdx:tan+x+C
A. 3 B. 4 C.5 D. 6

Cau 18. Gia stir j t)dt = x? +x. Tim ham dudi d4u tich phan.

A fr=2-1 B. ft =+t C. fr=2+1 D. ft =t —t
Cau 19. V6i f(x), g(x) 12 ham s6 lién tuc trén K VA k=0 thi ménh dé nao sau dy 1a sai.
A [ F(x)dx=f(x)+C. B. [k- f(x)-dx=k- [ f(x)-dx.

C. f(4)= % D. I[f(x).g(x)]dx = If(x)dx.jg(x)dx.
4x -1

f\/2x+1 +2
A. I:2x+1+51n‘x/2x+1+2‘+c. B. I:2x+1—4x/2x+1+51n‘x/2x+1 +2‘+C.

C.I=2x+1+42x+1— 51nN2x+1+2‘+C D. I=—2x—1+4J2x+1— 51n‘«/2x+1+2‘+C

Cau 20. Tim nguyén ham I = [ ————

Cau 21. Chofzf g(z) dz =5 vaf3f +g()dx:10.T|nhff

0
A 3 B.5 C.15 D. 10
Céau 22. Tim nguyén ham sau f (x) = x’¢*
A. (X —2x—-2)e* +C B. (xX* +2x+2)e* +C
C. (xX* —2x+2)e* +C D. (xX*+2x—-2)e* +C

b
Cau 23. Véi gia tri nao ca s6 duong b thi I(GX —3x?)dx co gié tri 1on nhat
0

A 2 B. 4 C.6 D. 8

a
va fcos r+a’ dr=sina
0

A B. V7 C. 2d» D. \2x

Cau 25. Goi S 1a tap hop tat ca cac s6 nguyén duong k théa mén diéu kién f lnﬁdz <e—2.

Cau 24. Tim gia tri ctia o thoa mén cac diéu kién a €

Tim sO phan torcua S .
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A. 3 B.1 C.2 D.0
Cau 26. Tim ham s y = f (x) néu biét f'(x)=1i*f f')=4va fQ)=4
3 3
A. f(x)=5\/x_+§ B. f(x)=\/x_+§
7 7 7 7
3 3
C. f(x)=5\/X_+E D. f(x)=8JX_+§
7 7 7 7
Cé&u 27. Tinh tich phén sau | :j(1+ x)'dx;n e N" (ala so thyc)
0
n n+1 n+l n+1
A (a+1) -1 B (a+1) -1 c. (a+1) +1 D. (a-1) -1
n n+1 n+1 n+1

N

2
Cau 28. Cho tich phan | = _[sin XA/8+cos xdx. Véi phép dbi bién u=8+cosx thi két qua nao
0

sau day dung ?

9 8 8 9
A1 =2 Judu. B. | =2 [Judu. C. 1= [Judu. D. 1 = [udu.
8 2% 9 8
2
Cau 29. Tinh | :IeBX.sin xdx
0
1 1% 1 1% & &
A l=———g? B.l==—+—-e? C.l=1+e? D. Il =1-e?
2 2 2 2
1
Cau 30. Cho ham s6 f(x)= ( a1)3 +b.xe*. Biét rang f'(0)=—-22 va j f (x)dx =5. Tinh tong
X+ °
a+b.
A 240 B. 20 c -2 p. 14
13 11 11 13
Cau 31. Ham sb nao sau ddy 1a mot nguyén ham ctia ham sé f (x) =+/x* +k voi k =07
A. f(x)zg x2+k+gln‘x+x/x2+k‘ B. f(x):% x* +k +§In‘x+x/x2+k‘
C. f(x)zkln‘x-i—«/xz-i—k‘ D. f(x)= ——t
2 N
2_
Cau 32. Cho f(x) = (ax® +bx+c)y2x-1 1a mot nguyén ham ctia ham s6 g(x) = 10x ~7x+2
J2x-1
trén khoang [%;—koo] .Tinh tong a+b+c
A. 0 B.2 C.3 D. 4
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Céau 33. Xac dinh a, b, ¢ sao cho g(x) = (ax* +bx +c¢)v/2x-3 1a mot nguyén ham cta ham sb

20x%-30x+7 , [3 ]
f (X) = ————— trong khoang |—:;+oc0
(X) o3 g g5
A' a:41b=21C:2 B- a=1,b=—2,C=4
C.a=-2b=1c=4 D.a=4,b=-2,c=1

Cau 34. Tim mdt nguyén ham ctia ham sé: f (x) = xsin m
A. F(x) =1+ x2 cosy1+ X2 +siny1+x
B. F(x) =1+ x2 cosy1+ X2 —siny1+x?
C. F(x) = V14 x2 cosy1+ x? +siny1+ x2

D. F(x) = V1+ X% cosv1+ X2 —siny1+ x2

Cau 35. Trong cac ham s sau:

M F)=Vx+1 (1) F(X)=+x*+1+5

1 1

1) f(x)=—= (IV) f(x)= -2
X2 +1 N

Ham s6 nao c6 mot nguyén ham 1a ham sé F(x) =1In ‘X + X2 +1‘

A. Chi (I) B. Chi (III) C. Chi (I) D. Chi (ITI) va
(IV) Cau 36. Tim nguyén ham cta ham sé: y = %

e’ e’ e’ e In2
A — +C B.——+C C. -+ D. —+C
2" In2 (1-1n2)2* x.2° 2%

3
CAu 37. V&i phép bién déi t =1+ x tich phan j

X
o 1+/1+x
1a ham nao trong cac ham s sau.
A. f()=2t2—2t B. f(t)=t"+t C. f(t)=t*—t D. f(t)=2t"+2t

dx trg thanh j t)dt,. Khido f(t)

Cau 38. Cho J' x)dx = 3.Tinh tich phén J'[4f ~3]dx.

A 2 B. 4 C.6 D. 8
L 7[
A . A X . COS X
Cau 39.Cho tich phéan | :J. dx va J = j4dx phat biéu nao sau day dung
o VX+3 3sinx+12
A l>] B.1=2 C.J=1In5 D.J=1In5
3 3
3
Cau 40. Tinh tich phan | = j IN[2 + x(x*>—3)]dx..
2
A. —4In2-3 B. 5In5-4In2-3
C. 5In5+4In2-3 D. 5In5-4In2+3
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2
Cau 41. Cho f(x)=3x>—x*—4x+1 va g(x)=2x>+x> —3x—1. Tich phan I|f(x)—g(x)|dx
I

bang vdi tich phan nao dudi day.

2 1 2
A. I(XS —2x% = X+ 2)dx B. I(x3 —2x% = x+ 2)dx— I(x3 —2x% = x+ 2)dx
1
) 1 2
C. [(-¢+2x*+x-2)dx D. J.(x"“ —2x2 = x+ 2)dx + _[(x3 —2x% = X+ 2)dx
-1 1
1
Cau 42. Tim nguyén ham I = j' nx)dx.
A Inx.In Inx +C B.Inx.In Inx +Inx+C
C.Inx.In Inx —Inx+C D.In Inx +Inx+C
s
Cau 43, Tinh tich phan |- X gy
°sin®x
6
A J3-2 5 J3+2-2 c B2 5 JB+22-2
S22 ' 2 S22 ' 2
1
Cau 44. Tich phan | _j'”—xdx c6 két qua dang | =aln2+b véi a,b e Q. Khang dinh
o x(In x+2)
nao sau day ding ?
A. 2a+b=1 B. a’+b*=4 C.a-b=1 D. ab=2
Cau 45. Néu dat t =+/3In° x+1 thi tich phan | _[ Inx dx trd thanh tich phan nao dudi
1 X 3In x+1
day?
2 4 e? e
A.|:1jdt B.I:lj}dt C.I:gjtdt =1j—dt
3J 291 3] 49t
i
Cau 46. Tinh tich phan | = [——dx.
5 C0S” X
T T T \/E T \/E
A l==—+Iny2 B.l==-Iny2 C.l==+Inh— D.l==-In—
4 V2 4 V2 4 2 4 2
A . A \ , \ A CO0S 2X
Cau 47. Tim nguyén ham ctia ham s6: y = —————
sin® x.cos’® x
A. tanx— cotx+ C B. —tanx— cotx+ C C. tanx+ cotx+ C D. tanx+ C
3
Cau 48. Tim mdt nguyén ham ciia ham sé: y = y = X =
2—-X
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A. F(x) = xy2-x? B. —%(x2 +4)x/2—x2

1

Cau 49. Tinh tich phan J = | xdx g
o (x+1)
A =1 B.J=1
8 4
2 X
Cau 50. Tinh tich phan K = | dx
9X _4X
1
A. K :%mi
2In— 13
2
C. K 13 In13
2In—
2

e
Cau 51. Tinh tich phan K = I—X
X
1

A.K:1—2 B.K:1
e

e

Tai liéu on tap gidi tich 12 hoc ky 11

1 1
C. _§(X2_4) 2-x% D. —gxzx,/Z—xz

C.J=2 D.J=1

B. |<=L3InE
2In— 25

D. K= 13In§
2In— 13

C. K:—1 D. Kzl—g
e e

Cau 52. Tim nguyén ham | = _[cos 2X.In(sin x + cos x)dx

A F(x)=
B. F(x)
C. F(x)

D. F(x)

Cau 53. Tim nguyén ham | =J.x3»\/x—1dx.
2 5 6

%(1+ sin2x)In(1+sin 2x)—%sin 2x+C
= %(1+sin 2x)In(1+sin 2x)—%sin 2x+C
= %(1+ sin2x)In(1+sin 2x)—%sin 2x+C

= %(1+ sin2x)In(1+sin 2x)+%sin 2x+C

A F(x)- §(x—1)4+7(x—1)3+§(x—1)2+§(x—1):JE+C
B F(x)z:g(x—l)A+g(x—1)3+g(x—1)2+§(x—1): X—1+C
c F(x)::S(x-l)“+§(x-1)3+§(x-1)2+§(x-1):m+c
D F(x)=:g(x—1)4+g(x—1)a+g(x—1)2+%(x—1)}/a+c
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Cau 54. Cho F(x) 1a mot nguyén ham ctua f(x)=2x+1 trén R . Biét ham s6 y = F(x) dat gia tri
nho nhit béng % . DA thi ctia ham s6 y=F(x) cét truc tung tai diém co tung d6 1a bao nhiéu?

A 37 B. 39 C.J=11 D.J=10
4 4

Cau 55. Chon khang dinh sai trong cac khing dinh sau.

s

1 1 T 2
A. [sint-x)dx = [sin xdx B. jsingdx:zjsin xdx
0 0

0

N

1 1
C. j(1+ X)*dx = D. jx2°°7(1+ X)dx =

2
2009

3
CAau 56.Gia st tich phéan I dx =az +b. Tim phan nguyén ctia tong a+b
0

cos® X
-1 C.0 D.-2

B.
B \/ J1+x2
X

Cau 57. Cho tich phan 1 I dX Vi phép d6i bién t =
1

Al

thi két qua nao sau day

dang ?
2 2
B2 3 .2 3 2 N
Al=—[o—dt  B.I=[,—d Col=—f5—dt  D.1=]-—d
ﬁt -1 St +1 >+ ﬁt -1
1
Cau 58. Tinh tich phan 'ZJ.X( 2 +exjdx
o \1+x°
A 1=1+In2 B.1=1-In2 C.1=3-In2 D. 1=3+In2

e
Cau 59. Gia sir tich phan | = j X(X+ Inx)dx = a + b.e” + c.e® Pang thirc nao sau day dung.

1
A. b+c=a B. b+c=-a C.b-c=a D.b-c=-a

Cau 60. Tinh tich phan | x + Xsin 2x dx

o'—.mm

4 4 4 4

Al="47 B.1=2 47 c1==2_7 D.1=2_7"
64 4 64 2 64 2 64 4
3 .
X +sinx)dx
Cau 61. Tinh tich phan I=J.¥.
COS” X
A. |:1+§7z+|n2 B. |:1+§7z—|n2 C. I:§7z—|n2 D. |=§ﬂ'
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e

1-Inx
Cau 62. Tinh tich phan | = j dx.
X
1
A.I:l Bl—l C.I:l D.I:§
8 4 2
a\fx+3+1 . L e
Céau 63. Gia st tich phan I " dx =a+bh.Inc. Dang thirc nao sau diy dung.
A . a=b=c B.a<b<c C.a>b>c D.a=b<c
A f e A p X
Cau 64. Tinh tich phan | :Iﬁdx.
0 (2x° +1)
A=t B.1-1 c.1=8 D.1=_3
9 9 9 9
x> +3x° -4 63 3V L
Cau 65. Gia st tich phan I+—=—+a.ln — |.Tim gia tri cua a.
X—2 2 2
A a=4 B.a=5 C.a=2 D.a=1
1
Céu 66. Tinh tich phan | = [(x+1)e"dx.
0
A l=1+e B.l1=1-¢ C.l=- D.l=e

7 8
CAu 67. Xét cac tich phan | = J.x.i/x +1dx va J = J'x.«f X+1dX . Nhan xét nao dudi day la
0 0

ding.

1

A.J:§I B.1==1J C.1=J D.1#J

1
Cau 68. Tinh tich phan | = | (\/3x +1 —2)dx.
0

A l=— B.l=— C.1=2 D.1=1
9 9

Cau 69. Tinh tich phan [ xz(ln x+(x3—1)2): ae’ +be’ +ce’Ping thirc nao dusi day 1a

dang.
A. a+b+c=0 B. a+b+2c=0 C.a+b-c=0 D. a+b-2c=0

1
Cau 70. Tinh tich phan . I (2+€")dx
0

Al :% B. I = C.I=2 D.I=1

1
4
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Céau 71. Tinh tich phan |

Al :—2+Z
3 2

Céau 72. Tinh tich phan

Al =1In2—lln3
3 2

Céu 73. Tinh tich phan
A J= 1
8
Cau 74. Tinh tich phan
A l= 1In 2
2
CAau 75. Tinh tich phéan
A J =g
8
Cau 76. Tinh tich phan

A I =-1+In2

CAau 77. Tinh tich phan

Al :—2+e+Z
2

(x+sin? x) cos xdx.

||
o—nlN

B.1=2+2
2

3 2
J-In(x +1) dx

X3

1

B. I =—£In2+%ln3

xIn(x +1)d
x* +1

o'—.

B. | :E(In 2)?

(2+x +Xe )dx

(&
o'—,p

B.J:g
4

1

I[sz —2x+In(2x +1)]dx

B. I :—1+§In3
2

z
| = T(e“”x + x).cos xdx |
0

B.l=—2+e-=~
2

Cau 78. Biéu thirc ndo sau ddy bang véi tich phan |

A [ (FO) —F(=x) Jx
C. joa(f(x—a)+f(—x))dx

Tran Thong swu tam va bién soan
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C. 1 =1In2+lln3
3 2

C.J=2
C.l==In4
C.J=2

C. 1 :—1+§In2
2

j: (f(x)—f(a—x))dx

D. ==+~
D.1==In=
D.J=1
D. I:EInZ
4
D.J=-1
D. |=1+§In3
2
D I:e+Z
2

jo (f(x—a)—f(a—x))dx
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4
Cau 79. Cho | = [[2—x|dx . Khing dinh nao sau day la sai ?
0

4 1 4
A. I:j|x—2|dx B. I:I|2—x|dx+f|2—x|dx
X ; .
C. I:Idx D. I=j|2—x|dx—_[|x—2|dx
4 0 2
12 0?2 ) n 1 . . . (6r
Cau 80. Cho _[ (2X——j=———,v<’n a, b 1a cac s6 nguyén duong. Tinh 2.Sln(—j.
0 4) a b a
A 2 B. \2 C.242 D. 0

v 1
Cau 81. Cho cac tich phan 7 = %fx/l +cos2xdx, J = [/9x” —6x +1dx Khang dinh nao
0 0

sau day ding
A I1<2] B. I1=3J C.I1+2J=5 D. 5I=12J
Cau 82. Cho f'(x)=3—5sinx VA £(0)=10. Trong cac khang dinh sau khang dinh nao dung?
A. frm =3r B. f x =3x—5cosx
C. f[ ] 3; D. f(x)=3x+5cosx+2

Cau 83. Biét J.(4sin4 X —g)dx =0 va a e (0; ) Tim gia trj a.
0

A a== B.a=" C.a=Z D.a=~
4 8 2 3

Cau 84. Ky hiéu K 1a khoang hoic doan hodc nira khoang cia R . Cho ham s f (x) xac dinh
trén K. Khi nao F(x) duoc goi 1a nguyén ham cia ham sé f(x) trén K
A F(X)=f'(x) B. F(x)= f (X)+C, C la hiang s6 tuy ¥.
C. F(x)= f(x)+C, C 1a hang sb tuy y. D. F(x) = f(x)

Cau 85. Cho f(x)=2x" +i xac dinh trén khoang (—o0;0). Bién ddi ndo sau day la sai ?

Ix
A I(sz +%)dx=j2x2dx+jsidx. (ZX +—jdx 2j xzdx+_f )_1

[Zx +—jdx ZIX dx+fx3dx D. I(Zx +—jdx——x3+jwdx+c

Cau 86. Cho dudng cong y =X?. Véi mdi x €[0;1], goi S(x) la dién tich ctia phan hinh thang
cong da cho nidm giira hai duong vudng goc véi truc Ox tai i
diém c6 hoanh do 0 va X (xem hinh v&). Khi d6, khang
dinh nao sau day dung.
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A. S(x)=x* B. S(x)=x*
C. S(x)=x?2 D. S'(x) =2x

Cau 87. Tim ham s6 y = f (x) biét dy = 35sin® xcos® xdx va f (%) =-2

A f(x)= 5sin® x +7sin’ x—2 B. f(x)= 5sin® x—7sin’ x—2

C. f(X)=7sin®x+5sin’ x—2 D. f(x)=7sin®x—5sin’ x—2
1
Cau 88. Cho f(x) 1a ham s chdn va lién tuc trén R thoa man | f(x)dx =2. Tinh gid tri tich
-1

1
phan [ f (x)dx
0

Al B. 1 C.1 D.?2
2 4
Cau 89. Ham s6 F(x) =e* +tanx+C 13 nguyén ham cua ham sb f(x) nao dudi day.
A f(x)=e*— _12 B. f(x)=e"+ .12
SIN” X SInN” X
C. f(X):eX(1+ ¢ 5 j D. f(x)=e"————+1
CoS™ X sin® x
2
Cau 90. Tinh tich phan | = [ \/1+|x|dx
2
A. 3[-% B. 4\/§+§ C. 4\/'—2 D. 3J§+%

Céu 91. Gia st | :J'7xcosxdx: f (x)sinx
0

5+[2x*sinxdx .Tim ham s6 f(x)
0

4 4

A. 6 B. -2 c. X D. 2%°
2 2
Cau 92. Giast F x 1a mot nguyén ham ciia hamsé f x = > Tinh tich phan
X
3 .
sin2x
]:
1=
A I=F3_F1 B.I=F 6 —F2
C.I=F4 _F2 D.I=F3 _F?2
1
Cau 93. Tinh tich phan [ [3x —1]—2|x]| dx
0
A -1 B. L c. U D.0
6 6 6
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1
Cau 94. Tinh tich phan sau | :sz (1+ x3)ndx; neN"
0

2n+1 +1 2n _1 C 2n+1 _1 2n+1 _l

A 3(n+1) 8. 3(n+1) ©on+1 " 3(n+1)

1
Cau 95. Tinh tich phan 1(m) = [|x* —2x+mldx véi m<0 (m 1a tham s6)
0

A. —E+m B.l+m C. g—m D.g+m
3 . 3 . 3 3
Céau 96 M¢énh dé€ nao sai trong cac ménh dé sau.
0
A. I(x —X )dx J.( x3)dx
1 2 1
B. J'(x —X )dx I(x —X )dx+I(x —xz)dx
0 0 2
1 2 1
C. j(x —X )dx:j(x —X )dx j(x —xz)dx
0 0 2
1 1
D. I(x —X )dx Ix3dx Ixzdx
0 0
9 X
Cau 97. Tim gi4 tri K thoa I[4—e 2de= K —2e
-2
A.9 B. 10 C.11 D.125

Cau98.Biét F' = =7 Timhamsb F z .

sin® z cos®

asinzxc052x+b\/§’ F[%]: _g’ F[Z

A F zx :x+l tanx —cotz —1. B. Iz :x+l tanz —cotzx .
5 i 5
s s
C.Fzx =9 —2m. D. F x :x—T tanz — cotz +E.
3
2 X
Cau 99. Tim nguyén ham cta ham sb: y = Imdx
x+e ”
A, xex+1—ln‘xex+l‘+c B. ex+1—1n‘xex+1‘+C
C. xe" +1—ln‘xe_x+1‘+C D. xex+1+ln‘xex+l‘+c

Cau 100. Biét IxsinSxdx: axcos3x—bsin3x+C .Tinh gia tri a+6b

A.-21 B.-1 C.-5 D.-7
Cau 101. Biét szexdx = (x2 +MX + n)eX +C Tim gia tri cta tich m.n
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A0 B.4 C.6 D. -4
Cau 102. . Biét [—=——dx="2tan(3x-1) +C Téng a+b co thé nhan gid tri ndo dudi day?
cos“(3x—1) b
A -5 B.-1 C.5 D.7
Cau 103. Biét j 3e* (e* —1)%dx = %(ex —Df+C Téng a+b+2K c6 thé nhan gia tri nao dudi day?
A. 33 B. 32 C.24 D. 28

2
Cau 104. Biét jm d=1 (2+3Inx)? +C Tim gia trj cta tich a.b
X a

A. l B.1 C.2 D. l
3 2
Cau 105. Biét IX\/XZ +2dx = %(x2 +2)\Wx2 +2 +C, tinh tong a+b biét a va b 1a hai s6 nguyén td
cung nhau.
A.3 B.5 C.1 D.4

Cau 106. Biét [——
cos” 3x(1+tan3x)
nguyén t6 cung nhau.

dx = %ln|l + tan3x| +C , tinh tong 2a+b biét a va b 13 hai sb

A.5 B. 10 C.7 D.4
Cau 107. Biét jxsin%dx: axcosg—bsinngC , tinh tong a+b .
A.9 B.2 C.6 D. 12

2
Cau 108. Biét [xIn(L—x)dx = %In(l— X) —%In(l— x)—%(l— X" +C, tinh i trj biéu thitc
2a+ b+n.
A2 B. 12 C.9 D. 6

Cau 109. Biét jx sin xdx = %x COS2x +1-sin2x +C , tinh tong 2a-+b biét a va b 14 hai s6 nguyén
n

t0 cung nhau

A. 4 B. 10 C.2 D.6
Cau 110. Biét j(x +3)e Xdx = —%ezx (2x+n)+C, tinh gi4 trj biéu thtc m” +n’
A.5 B. 10 C.41 D. 65
Cau 111. Cho I= [ x*edx va phép doi bién u=x’. Pang thic ndo dudi day la dung.
1
A. I:3Ie“du B. I:Ie"du C. I:EJ.e“du D. I:J.ue“du
Cau 112. Cho I= [x*\/x? +15dx va phép dbi bién u = Jx2 +15 . Ding thite nao dudi day la ding.
A 1= j(u6 —30u* —225u®)du B.1= j(u“ —15u®)du
C. I=[(u®—30u’ +225u°)du D. I=[(u’~15u")du
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2
. dx 1 ,
Cau 113. Biét [———==Inb,, tinh gia tri biéu thitc a® + b
y3X-1 a
A.2 B. 10 C.14 D. 12

+8 b . .
Cau 114. Biét j—dx =3lna—4In 3 (a,b nguyén t0 cung nhau) tinh gia tri bi€u thirc

X +5x+4
b 2
2

A. ! B. 16 C. 19 D. 1
4 49 16 16
‘ 11
Cau 115. Biét I —=—+— thi a va b 1a nghiém ctia phuong trinh nao sau day?
4xP—4x+1 a b
A. x> -5x+6=0 B. x*-9=0
C. 2x*-x-1=0 D. x> +4x-12=0
2 5
X 2 ,
Céau 116. Cho I_Id—= J'—dt. Chon khang dinh dung.
X°=x+1 “a
6
A.a=3 B.a*=3 C.a=—\/§ D.azé
¢ dx
Cau 117. Biét | = [————=a+Inb. Chon dip 4n diing.
L X (x+1)
A.a-b=0 B.2a+b=4 C. %a+b:1 D. ab=4

PHAN 2: UNG DUNG CUA TiCH PHAN
1
Cau 1. Tinh thé tich cua khdi tron xoay dugc gidi han boi cac dudng y=(2x+1)3,x=0,y=3

quay quanh truc Oy
A V_5(;7[ B.\/:48707z C.V:48§7[ D V_487z

Cau 2. Tinh dién tich hinh phing duoc gii han béi cac duong y=(e+1)x,y= (1 +e )x

A s=S_7 B.S=S_1 c.s=%41 D.5=S_1

2 q 2 2 3
Cadu 3. Tinh thé tich cua khoi tron xoay dugc gidi han boi cac duong
y= \ xcos x +sin’ x,y=0,y= g,x =0. quay quanh tryc Ox.

7 (37 —4) 7 (37 +4) 7(57+4) D.V=ﬂ(3ﬂ+4)

4 5

Cau 4. Tinh dién tich hinh phiang duoc gidi han boi cac duong y=sin2x,y=cosx,x=0,x = %
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A S=2 B.s=1  cos=1 D.s=3
4 4 6 2
Cau 5. Tinh dién tich hinh phing duoc gidi han boi cac duong y = sin? x + X,y = x(O <x< 7r).
A S=x B.s=Z C.S=2x D.s=2
2 3
Cau 6. Tinh dién tich hinh phang duoc gidi han boi cac dudng y=—2x+ x2,y =X.
A.S=0 B.S:g C.S:Z D.S:—g
2 2 2

Cau 7. Tinh thé tich cta khéi tron xoay dugc gidi han boi cac dudng y=Inx,x=e,y=0. quay
quanh truc Ox

A.V =re B.V=7r(e—1) C.V=7z(e+l) D.V=7z(e—2)
Cau 8. Tinh thé tich ctia khdi tron xoay dugc gidi han boi cac dudong y=Inx,x=1,y=0,x=2.
quay quanh truc Ox

A.V=2z(In2-1)°  B.V=2z(In2+1)°  C.V=27(2In2-1)° D.V =27(2In2+1)’

Cau 9. Tinh thé tich cta khéi tron xoay dugc gidi han boi cac duong y=x>,x=3,y=8 quay
quanh truc Ox

A.V =re B.V=7Z(e—l) C.V=7Z'(e+l) D.V=7Z(e—2)
Cau 10. Tinh dién tich hinh phang dugc gidi han bdi cac duong y=x>,y=0,x :%
A.S=§ B.S=ﬁ C.S=4 D.S=§
64 64 4
Cau 11. Tinh dién tich hinh phang dugc gii han boi cac duong y=¢*,y=0,x=0,x=2
2
A S=4+e B.S=e’-1 C.S=¢’—e+2 D.sz%—:a

Cau 12. Cho hinh phang (H) duoc gidi han boi duong cong y = 2x—+11 , truc Ox va tryc Oy. Tinh
x+

thé tich ciia khdi tron xoay khi cho hinh (H) quay quanh tryc Ox

A.V =(4-3In2)x B.V =4rIn2 C.V=(3-4In2)z D.V=3rx

Cau 13. Tinh dién tich hinh phing dugc gii han boi cac duong y= x° —2x,y=0

A.S:ﬂ B.S:E C.S:E D.S:@
3 3 12 3

Cau 14. Tinh dién tich hinh phéng dugc gidi han béi cac duong y = xz,y = \/;

A s=2 B.S=2 C.s== D.5=1
2 3 4 5

Cau 15. Quay hinh phang gi6i han boi duong cong y=x? va dudng thang y = 4 quay mot

vong quanh tryc Ox. Tinh thé tich khéi tron xoay duoc sinh ra.

Tran Thong swu tam va bién soan Facebook: Hpi Toan Bdac Nam



Tai liéu on tap gidi tich 12 hoc ky 11

A_V:64_7T B.V:@ C.V:@ D.V:@

5 q 5 5 5
Cau 16. Tinh dién tich hinh phang dugc gidi han baoi cac duong y=sinx;y =cosx;x=0;x=mn
A S=2 B.S=3 C.s=2\2 D. S=3/2

Cau 17. Tinh thé tich cta khéi tron xoay duoc gidi han béi cac duong y=Inx,x=e,y=0. quay
quanh truc Ox

A.V =rxe B.V:ﬂ'(e—l) C.V:7Z'(G+1) D.V:7Z'(e—2)
Cau 18. Cho hinh phing (H) dugc giéi han bsi duong congy =sinx, truc Ox va cac dudng
thang X = 0;x = 7. Tinh thé tich cta khdi tron xoay khi cho hinh (H) quay quanh truc Ox

AV =21 B.V =3r C.Vzgﬂ' D.VZ%?Z’

3

Cau 19. Tinh dién tich hinh phing dugc gidi han boi cac duong y = 1X—2; y =X
—X
A . S=1 B. S=1+In2 C.S=1-In2 D.S=2-In2
Céu 20. Goi (H )1 hinh phing giéi han boi cdc dudng: Y =3X — X va true OX. Tinh thé tich
khdi tron xoay thu dugc khi quay ( H ) xung quanh truc OX.
81 83 81 83

AV=—r B.V=—nr CV=—r D.V=—r
11 11 10 10
CAau 21. Tinh dién tich hinh phiang dugc gidi han béi cac dudng (C): y=X+2X;y=X+2
A.S:]'—1 B.S:E C.S=g D.S:Z
2 2 2 2
CAu 22. Tinh dién tich hinh phing duoc gi¢i han boi cac dudong (C):y = 1; d:y=-2x+3
X
A.S:§—In2 B.S:|n2—§ C.S:i D.S:i
4 4 24 24

Cau 23. Goi (H )1 hinh phéng gi6i han béi cac dudng: Y =+/Xx Ly =0;x=4. Quay (H)
xung quanh truc OX ta dugc khéi tron xoay co thé tich 1a bao nhiéu?

A.V:Zﬂ B.V=§7z C.V:Z;z2 D.V=§;z2
6 6 6 6

Céu 24. Goi (H )14 hinh phng gi6i han boi cac dudng: Y =3X;y =X ;x=1.Quay (H)

xung quanh truc OX ta dugc khdi tron xoay co thé tich 1a bao nhiéu?

8 871°
A Z B. —— C. 877 D. 87
3 3
Cau 25. Tinh dién tich hinh phing duoc giéi han boi cac duong y =2x; y =§; Xx=3
X
A. S=5-8In6 B. S=5+8In§ C.S5=26 D. Sz%

CAau 26. Dién tich hinh phang gi6i han boi cic dudng y=mxcosx; Ox ; x=0;x = bang 3r.
Khi do, tim gia tri cia m
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A . m=-3 B. m=3 C.m=-+4 D. m=43
Cau 27. Tinh dién tich hinh phéng duoc gidi han boi cac duong (C) Y= \/;; (d ) 1y =Xx—2;0x
A. 10 B. 16 c. 122 D. 128
3 3 3 3
Cau 28. Tinh din tich hinh phing duoc gi6i han bdi cac duong y =|x* ~1/;y =|x|+5
A S=1 B.S:7—3 C.S:Z D. S=23
3 3

Cau 29. Tinh dién tich hinh phang dugc gidi han boi cac duong y? = 4x;y? = (4—x)’
A s=18 5. 51282 c. 51282 p.s- Y2

15 15 30 15
Cau 30. Tinh dién tich hinh phang dugc gidi han bdi cac duong x? +y? = 4;x* + y* +2x =0.
A S=1 B. S=1+In2 C.S=1-In2 D.S=2-In2

3

Cau 31. Tinh dién tich hinh phing duogc gidi han boi cac duong y = 1X—2; y =X
—X

A S=3r1 B. 5= C.S=rx D.s=2
2 2
n N . e x*+2ax+3a° a-— o
Cau 32.Gia st hinh phang dugc gidi han boi cac duong y = ia’ vy = Tra’ di¢n tich
+ +

16n nhat. Tim gia trj cia a biét a 13 sb thuc duong.

A a=43 B.a=3%5 C.a=45 D.a=34

Cau 33. Trén parabol (P):y=x* ta lay hai diém A,B sao cho AB=2. Tim vi trf clia A va B d¢
dién tich hinh phang gi6i han boi dudng thang AB va (P) 16n nhat.

A. A(-11),B(2,4) B. A(-11),B(11) C. A(-11),B(2,4) D. A(11),B(2,4)
Cau 34. Trén parabol (P):y=x’ ta ldy hai diém A(-11),B(2,4). Tim trén cung AB diém M
sao cho dién tich tam giac MAB 16n nhat.

A. M(0,0) B. M (L1) C. M G%) D. M[_l,lj
Cau 35. Pudng thing (d ): y=mx+2 giao voi parabol (P): y =X +1 tao thanh hinh phang c6
dién tich nhé nhat. Tim m.

A m=1 q B.m=0 C.m=-1 D.m=-2
Cau 36. Tinh thé tich cua khoi tron xoay thu dugc khi quay hinh gigi han boi cac duong

y=x fln(1+x3),y=0,x=1 quay quanh truc Ox

ay (220 _aen2e) | a(zin2- ez

B.V .
3 4 3

Cau 37. Goi (H)la hinh phang gi6i han boi cdc duong: Y = va cac dudng thing

x2+1

X =1, y = 0x=0. Tinh thé tich khdi tron xoay thu dugc khi quay ( H ) xung quanh truc Oy
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AV=r B.V=rxIn2 C.V=rxIn4 D.V=2x

Cau 38. Tinh thé tich cua khi tron xoay thu duoc khi quay hinh tron x* + ( y —3)2 <4 quanh truc
Ox

A.V =4z B.V =4z’ C.V=8r D.V =8z

Cau 39. Tinh thé tich cua khéi tron xoay thu duoc khi quay hinh tron x? + ( y —3)2 <4 quanh truc
Oy

A.V=3—327z B.V:3—327r2 C.V =8z D.V =877

., , (x-4)" 2
Cau 40. Tinh theé tich cta khoi tron xoay thu dugc khi quay elip — T—6 =1quanh truc Ox
AV =4z B.V =4z’ C.V:%n D.V=%ﬁ2

, : (x-4)" 2
Céu 41. Tinh thé tich cua khoi tron xoay thu dugc khi quay elip v + T—6 =1quanh truc Oy
AV =64r B.V =4z’ C.V:%ﬁ D.V=%ﬁ2
CAu 42. Tinh thé tich ctia khéi tron xoay duoc gidi han boi cac duong y=2x-x>,y=0 quay
quanh truc Oy
Av-=5% B.vV =% cv-%, D.V=24

3 8 15 16

Cau 43. Tinh thé tich ctia khdi tron xoay dugc gidi han bdi cac duong y=x*,y=1y=-3x+10
quay quanh truc Oy

Av =& B.v =% c.v=-1%, p.v =10,
5 5 54 54
2
Cau 44. Tinh thé tich cua khéi tron xoay dugc gidi han boi cac dudong y=x2,y =;—7, y _z
X
quay quanh truc Ox
A.Vz% B.V=5—237r C.V =81+27In3 D.V =(81+27In3)x
A , X .. , I ae \ 2 x? 27
Cau 45. Tinh thé tich cua khoi tron xoay duoc gidi han boi cac duong y=x",y =2—7, y=—
X
quay quanh truc Ox
A.V:% B.V:@n C.V =81+27In3 D.V =(81+27In3)x
A , 2 .. , Lo s ae \ 2 x? 27
Cau 46. Tinh thé tich cua khoi tron xoay dugc gidi han boi cac duong y=x",y =27 y=—
X
quay quanh truc Oy
A.V:% B.V:@ﬂ' C.V =81+27In3 D.V =(81+27In3)x
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CAu 47. Tinh thé tich cua khdi tron xoay duoc gii han boi cac dudng y=x%,y=1y=-3x+10

quay quanh truc Oy
A v =7 B.v =%, cv-29t, p.v -1
5 5 54 54

Cau 48. Tinh th¢ tich ciia khi tron xoay dwoc gidi han béi cac dudng y=(x —2) ,y=4 quay
quanh truc Ox

A v =187 B. v =220 2 cv=25, p.v -1,
3 5 5 54
Cau 49. Tinh thé tich ctia khdi tron xoay dugc gidi han boi cac duong y :(x—z) ,y=4 quay
quanh truc Oy
A v =127 B. v =220 2 cv=25, p.v =1
3 5 5 54

3
Cau 50. Tinh thé tich cta khdi tron xoay dugc gidi han béi cac dudong y=x2, y:x? quay

quanh truc Ox

Ay - 4867 B.v =26 c.v=2% DV =32 2

35 35 5 486

PHAN 3: UNG DUNG TiCH PHAN TRONG THUC TE
Cau 1. Gia st sau t nam,dy an dau tu thi nhit s& phat sinh loi nhuan véi toc do P,(t) =t* +50
traim d6 la/nam,trong khi d6 du an dau tu thir hai phat sinh loi nhuan véi tbe do P, (t) = 200+ 5t
trém‘ d6 la/nam.Tinh loi ‘nhuén Vuf(}t‘thl_l’c té cho }(hoéng thoi gian dé toc do sinh lgi nhuan cua du
an dau tu thur hai vugt bang du an dau tu thir nhat ?

A. 1690 tram do B. 1695 tram do C. 1687,5 tram do D. 1685 tram do
Cau 2. Mot vat dang chuyén dong véi van tée 10m/s thi tang toc véi gia toc a(f) =3¢ +¢°(m/ s?)
. Hoi quang duong vat di dugc trong khoang thoi gian 10 gidy ké tir lic bat dau ting tdc ?

6800 5800 4300

A. 11100 m B.—m C.—m D.—m
3 3 3

Cau3.Goi & ¢ (cm)la mic nude & bon chira sau khi bom nuée duge ¢ gidy. Biét rang
ot = % Jr+8 va lac dau bon khong chira nude. Tim muc nude & bon sau khi bom duge 6 gidy

(lam tron két qua dén hang phan trim)
A. 2.64 B. 2,65 C. 2,66 D. 2,67
Cau 4. Mot vat chuyén dong chdm dan véi van toc v(t)=160-10t (m/s) . Héi ring trong 3s
truée khi dirng han vat di chuyén dugc bao nhiéu mét ?
A.16 B. 130 C. 45 D. 170
Cau 5. Mot vat chuyén dong v6i van toc v(t) (m/s) co gia toc v'(t) = %—(m/ s?) .Van tdc ban

dau cua vat 1a 6m/s. Hoi van tc ctiia vy sau 10 gidy gan bang voi gia tri nao nhat.
A. 10m B. 11m C. 12m D. 13m
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8000

Cau 6. Mot dam vi trung tai ngdy tha t co sd lugng 1a N(t). Biét rang N'(t) = va luc dau

dam vi tring ¢ 350.000 con. Hoi sau 10 ngay sé luong vi tring 1a bao nhiéu con? (lay x4p xi
hang don vi).

A. 378668 B. 378688 C. 376668 D. 388668
Cau 7. Hoc sinh 1an d4u thir nghiém “tén Itra ty ché *’ phéng tir mat dét theo phuwong thing dimg
v6i van tée 15m/s. Hoi sau 2,5s tén ltra 1én dén do cao bao nhiéu ? (gia st bo qua sirc can gio,
tén lira chi chiu tac dong cua trong luc g =9,8m/s?)

A. 68,125(m) B. 6,875(m) C. 30,625(m) D. 61,25(m)
Cau 8. Mot khdi cau cd ban kinh 5dm, ngudi ta cit bo 2 phan bang 2 mit phing vudng goc ban
kinh va cach tam 3dm dé lam mot chiée lu dung. Tinh thé tich ma chiéc lu chua duoc.

A. 1327 (dm®) B. 41z (dm?) 100 7 (dm®) D. 437 (dm®)

Cau 9. Mot vat di chuyén véi gia tdc a(t) = —20(1+ Zt) (m/s ) Khi t=0 thi van téc cua vat

la 30m/s. Tinh quang duong vat d6 di chuyén sau 2 gidy (Iam tron két qua dén chir s6 hang don
vi).

A. S=106m B. S=107m C. S=108m D. S=109m
Cau 10. Trén san bay mot mdy bay cit canh trén dudng bang d (tir trai sang phai) va bat dau o1
mit dat tai diém O. Goi (P) 1a mat phang vudng goc v6i mat dat va cat mat dat theo giao tuyén 1a
duong bang d cua may bay. Doc theo dudng bang d cach vi tri may bay cat canh O mot khoang
300(m) vé phia bén phdi c6 1 ngudi quan sat A. Biét mdy bay chuyén dong trong mat phang (P)
va do cao y ciia may bay xac dinh bdi phuong trinh y = x* (v4i x 1a d6 doi cia mdy bay doc theo
duong thang d va tinh tir O). Tim khoang cach ngan nhat tir ngudi A (ding c6 dinh) dén may
bay.

A. 300(m) B. 100./5(m) C. 200(1m) D. 100:/3(m)

Cau 11. Mot 6 t6 chay véi van tde 20m/s thi ngudi 1ai xe dap phanh con duoc goi 1a “thang”.

Sau khi dap phanh, 6 t6 chuyen dong cham dan déu véi vén toc v(t) =—40t +20(m/s). Trong do

t 1a khoang thoi gian tinh bang gidy ké tir lic bat dau dap phanh . Quing dudng 6 t6 di chuyén tir
lic dap phanh dén khi ding han 1a bao nhiéu mét?
A2 B.5 C.3 D. 4

CaU 12 Mot 6 t6 xuét phét v6i van toe O £ =210 m/s

sau khi di dugc mot khoang thoi

v, t =20—4t m/s
va

di thém mot khoang thoi gian t, nita thi ding lai. Biét tong thoi gian tir luc xuat phat dén lac

dung lai 1a 4 (s). Hoi xe da di dugc quang duong bao nhiéu mét.

A. 47 B. 50 C. 57 D. 64

Cau 13. Thanh pho dinh xay cdy cau bic > ngang con soéng dai 500m, biét rang nguoi ta dinh xay

cau co 10 nhip céu hinh dang parabol, mdi nhip cach nhau 40m, biét 2 bén dau cau va giita moi

nhip ndi nguoi ta xay 1 chan try rong 5m. Bé day nhip cau khong d6i 1a 20cm. Biét 1 nhip cau

nhu hinh v&. Hoi luong bé tong dé xay cac nhip cau 1a bao nhiéu (bé qua dién tich cbt sit trong

mdi nhip cau)

gian t; thi bat ngd gap chudng ngai vat nén tai xé phanh gip véi van tdc
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A. 20m® B. 40m® C. 50m® D. 100m*
CAau 14. Mot 6 to dang chuyén dong voi van toc @ (m/s) thi nguoi lai dap phanh. Sau khi dap
phanh 6 t6 chuyén dong cham dan déu voi van toe V(t) =a—40t (m / S) (t 1a khoang thoi gian
tinh bang s ké tir luc dap phanh). Ké tir lac dap phanh dén khi dimg hin 6 t6 di dugc quang
duong dai 3m.Tim gia tri cua a.

A. a=10 B.a=15 C.a=20 D. a=40
Cau 15. Mot nguoi 1ai xe 6 t6 dang chay v6i van toc 20 m/s thi nhin thay bién gidi han toc do,
nguoi lai dap phanh; tur thoi diém do, otd chuyén dong cham dan déu vo&i van toc
V(t) =4t + 20(m / S) trong d6 t 12 khoang thoi gian tinh bang gidy, ké tir luc bat dau dap phanh.
Héi sau khi dap phanh, tir luc van tdc con 15m/s dén khi van toc cua nguoi con 10 m/s thi 6 t6 da
di chuyén duoc quing dudng bao nhiéu mét?

A. 37,5 B. 150 C. 15,625 D. 21,875
Cau 16. Mot lyc co do 16n 40 N (newton) can thiét dé kéo cang mot chiée 16 xo co do dai tu
nhién 10 cm 1én 15 cm. Biét rang theo dinh luat trong Vat 1y, khi mot chiéc 1o xo bi kéo cang
thém (don vi do dai) so véi do dai ty nhién cua 10 xo thi 10 xo tri lai (chéng lai) v&i mot luc cho
boi cong thic , trong d6 14 hé sé dan hoi (hodc do ctng) cua 16 xo. Hiy tim cong sinh ra khi kéo
10 x0 ¢6 do dai tir 15 cm dén 18 cm ? (ki hiéu 1a don vi ctia cong).

A.156] B. 0,94] C.178] D. 3,96
Cau 17 Mot xe may dang chuyén dong voi van tc 10m/s thi 14i xe bat ngd tang toc sau 15s xe
may dat van toc 15(m / s) . Hoi quang dudng vat di duoc trong khoang thoi gian 30 gidy ké tir

lac bat dau ting toc ?
A.270m ) B. 450m C. 360m D. 540m
Céau 18. Khi moét chiéc 10 xo ¢6 dd dai tu nhién 0,15m bi kéo cang thém x(m) thi chiéc 10 xo
chdng tri lai voi mot luc 1a £ (x)=800x. Biét rang theo dinh luét trong Vit 1y, khi mét chiéc 16 xo
bi kéo cang thém (don vi d¢ dai) so voi do dé.’i tu nhif:n cua 10 xo thi 16 xo tri lai (chéng lai) voi
mdt lyc cho boi cong thire , trong d6 1a hé so6 dan hoi (hodc do cimg) cua 16 xo. Hay tim cong
sinh ra khi kéo 10 xo c6 d¢ dai tir 15 cm dén 18 cm ? (ki hi€u 1a don vi ctia cong).
A. 0,36] B. 0,72] C. 36j D. 72j
t?+4

Cau 19. Mot vat chuyén dong véi van tbe V(t) =12+ 341
+

(m/s) . Hoi rang trong 20s dau

tién vat di chuyén dugc bao nhiéu mét ?
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A. 189 B. 190 C.191 D. 192
Céau 20. Mot bac thg xay dang bom nudce vao bé chira. Goi # ¢ (em)la mirc nude & bon chira sau
khi bom nuéc dugc ¢ gidy. Biét rang 4' ¢ =3a® +b va lic dau bon khong chira nude. Sau 5s
thé tich nudc trong bé 1a 150, sau 10s thé tich nudc trong bé 1 1100#° . Tim mirc nude & bon
sau khi bom dugc 20 gidy (l1am tron két qua dén hang phan tram)

A. 8400m° B. 2200+’ C. 4200#° D. 600n’
Cau 21. Nguoi ta can duc mot chiéc chudng cao 4m va ban kinh miéng chuong la 2\2m . Gia su
khi cat chudng bang mdt mit phang qua truc clia n6 nguoi ta thu duge thiét dién c6 duong vién
12 mot phan parabol. Tinh thé tich qua chudng can dic.

A. 67 B 127 C.2x2° q D. 16z _’
Céau 22. Dong dién xoay chiéu hinh sin chay qua mot doan mach LC c6 bi€u thirc c6 biéu thirc

. T <A . I \ A s ) [ [N , <\ )
cuong do 1a i=1I_ cos(wt _E)A . Biét i =¢q'véi gla dién tich tuc thoi ¢ tu dién. Tinh tir lac t =

0, dién lugng chuyén qua tiét dién thang cua day dan ciia doan mach d6 trong thoi gian bang z

la bao nhiéu?
21 I 21
A ’“/_". B. Lo C.0 D. ==,
Q) 0)»\/5 (O]

Cau 23. Trong kinh té hoc, thing du tiéu ding ctia hang hoa dugc tinh bang cong thirc
1= I [p(x)-PJ.dx. V&i p(x) la ham biéu thi biéu thi gia ma mot cong ty dua ra dé ban duogc x
0

don vi hang hoa. a 1 s6 lugng san pham d ban ra, P = p(a) 1a mirc gia ban ra tng vé6i s6 luong
san pham 1a a. Cho p =1200—0,2x —0,0001x?, (don vi tinh 14 USD) Tim thang du tiéu dung
khi s6 lugng san pham béan 1a 500

A. 33333,3 USD B. 1108333,3 USD C. 570833,3 USD D.5000 USD
Cau 24. Mot chét diém A tir trang thai nghi chuyén dong v6i van toc nhanh dan déu. 8 gidy sau
nod dat dén van toc 6m/s. Tur thoi diém dé nd chuyeén dong déu. Mot chat diém B khac xuat phat
tir cing vi tri v6i A nhung chdm hon n6 12 gidy vi vén toc nhanh dan déu va dudi kip A sau 8
gidy (ke tir luc B xuat phat). Tim van toc cua B tai thoi diém do.

A. 4m/s B. 20m/s C. 24m/s D. 30m/s
Cau 25. Mot Bac thg gom 1am mot cai lo c6 dang khéi tron xoay dugc tao thanh khi quay hinh
phang giéi han boi cac dudng y =+/x+1va truc OX quay quanh truc Ox biét ddy lo va miéng lo
c¢6 dudng kinh 1an lugt 13 2dm va 4dm. Tinh thé tich cai lo.

A. 8zdm? B. %ndm C. %ndm D. %dm
Cau 26. Mot tén lira A xudt phat tir vi tri T, chuyén dong thang nhanh dan déu; sau 8 gidy né dat
vén toc 6km/s. Tt thot diém d6 no chuyén dong thang giéu. Sau 12 giay }(é tir e tén lra A dugc
ban di nguoi ta ban tén ltra B cho né chuyén dong thang nhanh dan déu. Sau 8 giay ke tir khi
xuat phat tén Itra B duoi kip tén lra A. Tim van toc té€n Itra B tai thoi diém dudi kip tén Itra A.

A. 24000m/s B. 16000m/s C. 24km/s D. 8km/s
Cau 27. Mat d6 dan s6 cach trung tdm thanh pho X mot khoang r km 1aD(r)=5000. %" . Hoi
c¢6 khoang bao nhiéu nguoi séng cach trung tim thanh phd 3 km.
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A. 116038 ~B.117000 C. 117 D. 116,038
Céau 28. Mot Bac thg gom lam mot cai lo c6 dang khoi tron xoay dugc tao thanh khi quay hinh
phang gidi han boi cac duong y =/x+1va truc OX quay quanh truc Ox biét day lo va miéng lo
c6 duong kinh 1an luot 1a 2dm va 4dm. Tinh thé tich cai lo.

A. 8zdm? B. %ndm3 C. %ndm2 D. %dm2
Cau 29. Mot Bac tho gém lam mdt cai lo c6 dang khdi tron xoay dugc tao thanh khi quay hinh
phang gidi han boi cac duong y =/x+1va truc OX quay quanh truc OX biét day lo va miéng lo
c¢6 duong kinh 1an luot 1a 2dm va 4dm. Tinh thé tich cai lo.

A. 8zdm? B. %ndm3 C. %ndm2 D. %dm2
Cau 30. Mot Bac tho gém lam mdt céi lo c6 dang khdi tron xoay dugc tao thanh khi quay hinh
phang gidi han boi cac dudng y =+/x+1va truc OX quay quanh truc OX biét day lo va miéng lo
c¢6 duong kinh 1an luot 1a 2dm va 4dm. Tinh thé tich cai lo.

A. 87dm? B. Eﬂ'dms C. E;zolm2 D. Edm2
2 3 2
B.SO PHUC

PHAN 1: TOM TAT LY THUYET
1.Don vi 4o.
S6 ima i =—1 goi la don vj 0.
2.Pinh nghia sb phirc
S6 phirc (dang dai s6): z=a+bi(a,beR, i la don vi 40); a dugc goi 1 phan thuc va b 1a phan
4o cua so phtrc z.
z 1a s6 thuc khi va chi khi phan a0 b = 0;
z 14 56 phirc khi va chi khi phan thyc a = 0.
a=a'

Hai sb phuc béng nhau: a+bi=a'+b'i(a,b,a',b'e R)@{b_bl

Biéu dién hinh hoc: Sé phttc z=a-+bi(a,beR) dugc bidu din bdi diém M (a;b) hodc u(a;b)
trong mat phang toa d6 Oxy (mit phang phirc)

3.86 phitc lién hop

Sé phttc z=a-+bi(a,beR). Ta goi s phitc z=a—bi la sé phuc lién hop cua z.

Chay: z=z;z+2'=z+2"; zz2'=22";z1asd thyc < z=17 ;z1asbd0o @ z=-2
Nhén xét:

+ S6 phuc lién hop ctia Z laila Z,tocla Z=2.Do ddtaconndi Z va Z 14 hai sd phic lién
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hop v6i nhau.

+ Hai s6 phtc 1a lién hop vi nhau khi va chi khi cac diém biéu dién ctia chung d6i xtimg nhau
qua truc Ox.

Tinh chét:

i, Vé6imoi 2,2, €Ctact: 2,+2,=2,+12,; 2,.7,=12,.1,

i, v2eC, z=a+bi (a,beR), s 2.z luon 1a mot sb thyc va 2.z =a%+b?
4.Phép cong va trir hai sd phirc
Phép cong va trir hai $6 phtc dugc thuc hi¢n theo quy tac cong, trir hai da thl'J:c.Téng cta hai sd
phic z, =&, +hi, z,=a,+b,i (a,b,a,,b, e R)1asbphuc z,+2,=(a,+a,)+ (b, +b,)i.
Tinh chét cia phép cong sé phirc:
i, (Z+2,)+2,=2+(2,+2;) v6imoi Z,,2,,2,€C
i, Z,+2,=2,+2 v6imoi 2,2, €C
iii, Z+0=0+2=2 v6imoi 2 C
iv, V&i mdi sé phire Z=a+bi (a,b e R), néu ki hiéu sé phirc —a—bi 1a —z thi ta cé:
Z+(-2)=-2+2=0.86 -z duoc goi 1a s6 d6i cia s6 phirc Z .
Hiéu cua hai sé phuc z, =8, +bi, z, =a, +b,i (a,b,a,,b, €R)1a téng cua hai s6 phirc 2,
va —Z,, ticla: 2, +(-2,)=2-2,=(a,—a,)+ (b, —b,)i.
Y nghia hinh hoc ciia phép cong va phép trir s6 phirc:
M&i s6 phic Z=a-+bi (a,beR) duge biéu didn bsi M (a;b) ciing co nghia Ia véc to OM .
Khi d6 néu U?, @ theo thir ty biéu dién s6 phuc Z;,Z, thi:
+ Uj + Uj biéu dién s6 phirc Z, + Z,
+ U, —U, biéu dién s phuc 2, — 7,
5.Phép nhan hai s6 phirc

Phép nhén hai s6 phirc duoc thuc hién theo quy tic nhéan hai da thire, & day cha ¥ i 1a don vi ao.
Tich ctia hai s6 phirc Z, =&, +bi, z, =a, +b,i (a,b,a,,b, € R)1a sé phuc:
2.2, =a;3, —bb, +(ab, +a,b)i.
Nhan xét: + Vi moi sb thue k va moi s6 phitc Z=a+bi (a,beR), ta co:
kz = k(a+bi) = ka +Kbi

+0.z2=20=0 voimoi zeC.
*Tinh chit ciia phép nhan s6 phirc:
i, 2,2, =2,Z, véimoi ,,2,€C ii, 2z1=12=27 v6imoi 2€C
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iii, (2,2,).2; = 2,.(2,2;) véimoi 2;,2,,2,€C

iv, 2.(2,+2;) =22, + 2,7, v6imoi Z,,2,,2,€C

6.Médun ciia s6 phirc

Modun cta sé phitc z=a-+bi(a,beR) 1a mot sé ky hicu 14 | 2 |= a2 +b? =2z <|OM |
+|z|>0 véimoizthugcCva |z|=-0<=z=0.
+lzz'Hz||z'[; | z+2'|d 2| +]| z'| véi moi sb phirc z, 2.

7.Phép chia hai s6 phirc

S6 phirc nghich dao cua z (z khac 0): z7* = #E :
z

. z - 7'z 7'z
Thuong cuazchoz’ (zkhac0): —=z'z"'=——="=
z |z|” 2z
. , z' Z' Z_' z' 7'
Véizkhac 0, —=wez2'=wz,| — |[==, _:u
z z z |z| |z}

8.Cin bic hai ciia s6 phirc
z 1a mot can bac hai cua sd phirc w khi va chi khi w=z°.

x2—y2=a
Z=X+Yi(X,y € R)I1a can bac hai cua so phiuc w=a+bi(a,beR) <:>{2 b

Xy =

S6 0 cod ding mdt can bac hai 1a 0.
S6 phirc khac 0 c6 hai cin bac hai 12 hai sb d6i nhau.
Hai cén bac hai cua sb thuc a duong la i\/a :
Hai cén bac hai cua sb thuc am 1a ii«/g
9.Phwong trinh béc hai ciia s6 phirc

Phuong trinh bac hai Az>+Bz+C =0 (A, B, C 1a cac sd phuc cho trude, A khac 0):
A=B*-4AC

+Néu A # 0 phuong trinh c6 hai nghiém phan biét: Z,= — véi O la mot can bac hai ctua
A.

£ . LA NEET -B
+Néu A =0: phuong trinh c6 mot nghiém kép la z = A

10.Dang lrgng giac ciia s6 phirc
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Cho s6 phitc z=a+bi(a,beR), zkhac 0. S6 co dang:  r(cosp+ising) (r>0) la dang lugng
giac ctia z khi va chi khi r =+/a® +b?,cosp = E,Sin Q= E @ 1a mot acgumen cua z,
r r

@ =(0x,0M)
Nhan chia s6 phirc duwéi dang lwgng giac
Néu z=r(cosp+ising), z'=r'(cosp'+ising") thi

22" = rr'[cos(p+ ") +isin(p+ )]

z r N ,

7 ZF[COS((P—(P)+ isin(p -]
Cong thirc Moa-vro: Véi n 1a s6 nguyén duong, thi

[r(COS(p+ isin (p)]n =r"(cosng+isinng)
Cin bic hai ciia s6 phire dwéi dang lwong giac.
Céc cian bac hai ciia s6 phire z c6 dang luong giac r(cosg+ising) la W(COS% +isin %), va
—\ﬁ(cos%Jr i sin%) = \E[cos(%ﬂr) +i Sin(%Jrﬂ)]

PHAN 2: BAI TAP MINH HQA
Dang 1: Thuc hién cac phép toan

J3

‘- . 1. . - —\3
Bai 1: Cho s6 phuc Z=7+§I.Timcéc s6 phirc sau: z; z%; (z) 1+2+2°

Huéng din:

z:—3+1i:>5:£—1i
2 2 2 2
2
7 = £+£i =§+li2+ﬁi:l+£i
2 2 4 4 2 2 2

(4] a2

1+z+22:3+\/§+1+*/§i
2 2
BAi 2: Tinh gi trj cua cac bidu thie A= 2oy 171
1-1 4+3i
x 4+3i)(1+i 1-i)(4-3i i 1-7i .
Huéng dan: A:( )( )+( )( ) :1+7I+1 7|—27+161|

(1-i)(1+i) (4+3i)(4-3) 2 25 50 50

Bai 3: Tim phan thyc, phan 4o va tinh mé dun cia sb phirc z biét:

Tran Thong swu tam va bién soan Facebook: Hpi Toan Bdac Nam



Tai liéu on tap gidi tich 12 hoc ky 11

- (1+ij“ (Zi )8
iz= ) I
1-i 1+i
Hudéng din:

-\ 11 - \8
(FJ +(1Aj =i+ (1+i)’ =16
—i +i

7= i 1416

2= \(-1)? +16? =257
(L-i)° (VB +i)
(—l—i\/g)m

Viy z c6 phan thuc bang —1; phan 4o bang 16;

Bai 4: Tinh gia tri cia cac biéu thirc A=
Huéng din: Ta co:
(1-1)" =((@-i)") =(-2i) =-32i“i =-32i
(Va+i) =(Va+i) (Va+i)
=(3x/§+9i +34/3i +i3)(3+ 2.3 +i2)
:8i(2+2iJ§) = —16+/3 +16i
(-1-i8)° =(a+i4B) =1+ i\/§)3)3 (1+3) = (-8)*(1+iv3)

, ~32i.16i.(1+i/3)
Thay vao biéu thic A tac6 A= =-1.

(-8)°(1+iV3)

, 1-i ) . .
Bai 5: Tim céc sb thuc x, y thod man: (3X—Y) (mj +(y+2)(x=i)* =-19-23i

2, 13
Huéng din: Pat r=1+x> = dr=2xdx = [ = ljudt L
2 1 £ 4 95
) . , 52+4/2013i 52-+/2013i .
Bai 6: Ching minh rang s6 phirc Z = + la s0 thuan do

(3+1)(79+7i) 10(23-10i)
Huéng dan:
7 8

I
Bdtt:1—x3:>dt=—3x2dx:>dx:£2>1:lj.t6(1—t)dt:l(t——t—j=L.
32 3) 307 8) 168

Dang 2: Xéc dinh s6 phirc
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Bai 1: Tim s phic z biét: (2+i).2+ 2(1_'_ 2I) =7+8i
+1

20L+i)(L—i)

Huwéng din: taco (2+i).z+ =7+8i

4+7_| -7 4+71)(2-1)
2+1 5

S 2+1)z=4+TIi 2= < z2=3+2i

(z-1).2—-i) 3+i
‘ z+2i 2
Huwéng din: Diéu kién z # —2i . Khi d6

Q) < 2(z-1)(2-i) = (B+i)(z +2i)
< (z2-1)(4-2i) =32 +6i +iz + 2i
o (1-3i)z=2i+4
- 2i+4 (Qi+4H)@Q+3) -1 7.
1= — = =—+—I
1-3i 10 5 5

Bai 2: Tim sb phtrc z biét:

—z= % - %i (théa man diéu kién).
Bai 3: Tim s6 phirc z biét: |z |=+/5 va (z+1)? 14 s6 4o.
Hudéng dan:
Goi s6 phirc z can tim dang: Z = a + bi,a, be R=|z|=va’+b*. Tu gia thiét ta co:
|z|=JB <= a2+b?=5 (1)
(z+i)? =(a+bi+i)* =a* — (b +1)° + 2a(b + )i
Pé (z+i)% 1asd 4o thi a° —(b+1)°=0 (2)
Tur (1) va (2) ta c6 hé phuong trinh:
a’ =5-b?

a’+b*=5 {a:iz {a:il
<<lb=1 = ;
a® = (b+1)? {b__ b=1

Vay s6 phtic can tim 1a: Zz=42+1i; z=+1-2i.

1| 10

10

B 4: Tim s6 phite z biét |2+2-i|=|z2-1+2i| va

Huwéng din: Ta co:
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(1-i)° = ((1—i)2)5 = (-2i)° =-32i*i =—32i
(V3+i) =(v3+i) (V3+i)
= (3V3+9i+3V3i" +i°)(3+243i +i)
= 8i(2+2i\/3) = -16/3 +16i
(-1-iB)° =(1+ivB)" =((1+148) ) (1++3) =(-8) (18]
o - -32i16i(1+i3)
Thay vao biéu thirc A ta c6 A= =-1.

(-8)’(1+i3)

. . : = 9 . .
Bai 5: Tim s6 phire z biét: |2 —3i =[l-i7| va 2=~ a6 thuin do

- 11
Huéng din: Datt—1+x = dt =2xdx :I——I(t ) =Z_
r 2

Dang 3: Giai phwong trlnh trén tap so phirc

Bai 1: Giai cac phuong trinh z° +22+5=0 trén tap hop sb phirc

Huéng din: Taco A =—4=4i"=z=-1+2i

Bai 2: Giai cac phuong trinh z° +(1—3i)z —2(1+1i) =0 trén tap hop s6 phiic

Huoéng din: Taco A= (1—3i)* +8(L+i) = 2i = (L+i)® nén phuong trinh c6 nghiém la:

C 3141+
B z=2i
. 2 .= .
_3i-1-1-1 L =1-1
2
Bai 3: Giai cac phuong trinh z° +8=0 trén tap hop s phirc.

z2=-2
Huéng din: 22 +8=0< (z+2)(22-22+4)=0 < | 2 =1+3i

z:l—Jﬁ

Bai 4: Giai cac phuong trinh (z +3)* +(z2+5)* = 2 trén tap hop s6 phuc
Huéng dan: Dit t =z +4, khi d6 phuong trinh try thanh:
t-D*+(t+D)*'=2<=t"+6t°=0
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Tai liéu on tap gidi tich 12 hoc ky 11

HVoit=0=>z=-4
H)Voi t = J6i = 7 =—4+/6i
+H)Véoi t = —\/gi:>2=—4—»\/§i

2
s ye Z+1 .
Bai 5: Giai cac phuong trinh (—j =1 trén tap hop so phurc
Z—1

Hwéng din: Diéu kién: z #1, khi d6 phuong trinh tuong dwong véi:

-\2
Z+1 Z+i Z+i
Z+1 2 Z—1 Z—1 z—-1
( j =l 2 @ Z+i Z+Ii
Z—1 i .
L R e T
\z-i Z—i z—i
[z+i=z-i
. z=0
Z+i=i—z oo
& . .. <|z2=1 (thoa man diéu kién)
z+i=(z-0i
. N z=-1
| Z+i=—(z-1)i
Dang 4: Tim tap hop diém biéu dién
.- : .2 A geX A z
Bai 1: Trén mat phang toa do, tim tdp hop diém bicu dién so phirc z thoa man |——| =3
Z—1
Huéng din:
Goi Z=X+VYi(X,yeR) = M(X;y) biéu dién cho sd phtic z trong mit phang toa do.
. z . .
Ta co —_‘:3<::>|x+y||:3|x+(y—1)||<:>x2+y2:9x2+9(y—1)2
Z—1
9 (3Y
<:>8x2+8y2—18y+9=0<:>x2+(y—§j =(§j

: 9\ s 3
Vay tap hop cac diém M la duong tron tam | (O;gj va ban kinh R = 3

Bai 2: Trén mit phang toa do, tim tap hop diém biéu dién s6 phirc z thoa man
|z—-2—4i|=|z-2i
Huéng dan:
Goi Z=X+Yi(X,y €R) = M(X;y) biéu dién cho s6 phirc z trong mit phang toa do.
Taco |[z-2-4i|=]z-2i] (*)<|(x-2)+(y—4i|=|x+(y-2)i|
S(X-2)'+(@B-y)Y =xX*+(y-2) o y=—Xx+4
Téap hop M la duong thang c6 phuong trinh y =—-x+4
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Bai 3: Trén mit phang toa do, tim tap hop diém biéu dién sb phirc z thoa man
2|z—i|=|z-z +2i|.

Hudéng din:

Pit: Z=X+Yi(X,y €R) — z c6 diém biéu dién trén mit phang phirc 3 M (X; y).

X2

4
2

; X
Vay tap hop diém M 1a dudng parabol (P) c6 phuong trinh Yy = 4

Taco 2|z—i|=|z-7+2i| < 2|x+(y-Di|=|A+y)i| = y=

Bai 4: Trén mit phang toa do, tim tap hop diém biéu dién sb phirc z thoa mén
z—i|+|z+i|=4
Hudng dan:
Pit: Zz=X+Yi(X,y €R) — z c6 diém biéu dién trén mit phang phirc 1a M (X; y).
Taco |z—i[+[z+i|=4 <+ (Y- + X2 +(y+1)? =4 (¥)
bat F(0,-1) ;F,(0;1)
*) = MF,+MF,=4>FF, =2
Suy ra tap hop M la elip (E) ¢6 2 tiéu diém la F,,F,.
Goi (E) ¢6 phuong trinh X—2+y—22 =1 (0O<a<b;b*=a*+c?)
a~ b

. |MF, +MF, =2a a=2
Taco <
FF,=2c c=1

—=b*=a’+c*=5

2 2

X
Vay (E) c6 phuong trinh 7 + YE =1

Bai 5: Trén mit phang toa do, tim tap hop diém biéu dién sé phirc z thoa man
2% - (2)| =4
Huéng din:
Pit: Z=X+Yi(X,y€R) — z ¢6 diém biéu din trén mit phang phic 1a M(X; y).

y==
Taco ‘22—(7)2‘:4c>|4xyi|:4<:>4|xy|=4c>|xy|=1<:> X

y=——

X
A A 2 N . o 1. 1
Vay tap hgp diém M la duong hybebol (H) c6 phuong trinh la y=—va y=——
X X

Dang 5: Bai toan cuec tri
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Bai 1: Trong céac sd phirc z thoa mén diéu kién |Z +1— 5i| = ‘Z +3—il, tim s phirc c6 moédun

nhé nhét

Hudéng din:

Goi z=x+yi (X yeR)

|z +1—5i|=‘§+3—i‘ <:>\/(x+1)2 +(y-5)* =\f(X+3)2+(y+1)2
< X+3y—-4=0<=x=4-3y

2
2= X2 +y? = J(4-3y)? +y? = J10y* —24y +16 =\/10(y—gj +§ > 2*21_0
P o : 6 2
Dang thirc xdy ra khi y:g:>x:g
Vay |Z| dat gia trj nho nhét bang Ziﬁ khi Z:§+gi

2 6. . .
Vay z = g +g| 1a sO phure can tim
Bai 2: Trong céc sd phtic z c¢6 phan thuc, phan ao khong 4m va thoa mén:
z-3

T 1:2i =1. Tim s phtic z sao cho biéu thirc sau dat gia tri 16n nhat, nho nhat.
Z—1+ /4

P=|2-7%|-(2* -2°)i[2(-i) + Z(1+])]
Huéng din:
Diéu kién: z#1-2i
Goi Z=X+Yi (x;yeR:)
z-3 _‘zl@ |z—3|_
z-1+2i |z -1+ 2i|
\/(x—3)2+y2 :\/(x—1)2+(y+2)2 o x+y=1

(luén thoa man diéu kién vi X =1; y = —2 khong thoa man phuong trinh)

=l |z2-3=|2-1+2i|

Z=X—-Yyi =>2° -7 =4xyi :>‘z2 —72‘:4xy (vi X;y khong am)
(2% -7°)i=-4xy :‘22—72‘:4xy

ZA-1)+Z@Q+1)=2x+2y

Do d6 P =16x°y* +4xy.(2x +2y) =16xX°y” +8xy

2
Dattzxyzostﬁ(xzyj :%,tacé P:16t2+8t;te{o;ﬂ

Xét ham s6 f (t) =16t° + 8t lién tuc trén [0; %}
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f'(t) =32t +8t; f '(t):0<:>t:0vt:—%(loai)

f(0):0;f(ljzﬁjmaxf(t):ﬁcﬂzl;minf(t):0<:>t:0
4) 16 {O;E} 16 4 (ol
4 4
=0;y=1
Khitzl:x:y:E;Khit=O:> X y
2 2 x=Ly=0

o Ly 33 . 1 1.

Vay P dat gia tri 16n nhat bang — khi z ==+ =1
16 2 2
P dat gi4 tri nho nhit bang O khi z=1vz=0

Bai 3: Trong céc sd phirc z thoa man |Z -3+ 4i| = 4. Tim gi4 tri 16n nhat, gia tri nho nhat cia
'
Huwdéng dan:
Goi Z=X+Yi (X; ye ]R) = M(X;y) biéu dién cho s6 phirc z trong h¢ toa do Oxy
z-3+4i|=4 < \f(x—3)2 +(y+4)? =4 <= (x-3)°+(y+4)* =16
Vay diém M biéu dién cho s phirc z thude dudng tron (T) c6 tam 1(3;—4), ban kinh R = 4.
|Z| = «}XZ +y?> =OM ;0l =5> R nén O nim ngoai dudng tron (T)
|Z|16n nhat , nhé nhat khi OM 16n nhat, nho nhat khi M di dong trén (T)
V6i diém M bat ki trén (T), ta co:
AM > IM —IA=1B - 1A= AB. Pang thitc xay rakhi M =B
AM < Al +1IM = Al +IC = AC . Pang thire xéy rakhi M =C
Duong thang OI cat duong tron (T) tai hai diém phan biét

A[g;—ﬂj;B(z;—ﬁj:OAzl;OB=9
5 5 5 5

V6i M di dong trén (T), ta c6: OA<OM <OB <1<OM <9=1<|7|<9
=> OM nho nhat khi M tring v&i A; OM 16n nhat khi M tring voi B

At b 3_4. s 27 36.
Vay |z| nho nhét bang 1 khi ZZE_E';M 16n nhét bang 9 khi 2=

Bén canh d6 ban doc ¢ thé tham khao thém cach giai sau:

Goi Z=X+Yi (X;yeR)= M(X;y) biéu dién cho s phtrc z trong hé toa do Oxy

@ =3—4i = A(3;—4) biéu dién cho s phic @

|Z|=OM;|0| =0A=5/]z—w|=AM ; |2-3+4i|=4 o |z-0|=4 < AM =4

Ta co: |OM —OA|S AM & -4<0OM -0A<4< 4+0A<OM <4+0A<=1<0OM <9
3 4 27 36

=1<|7|<9;|z|=1khi z==——i;|z|=9 z="-i
5 5 5 5
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£ o3 4. o 27 )
Vay |z| nhé nhét bang 1 khi z:g—g|;|z| 16n nhat bang 9 khi z:?_%|

Bai 4: Trong cac s6 phic Z thoa man diéu kién Z(z +2—4i)1a mét s6 ao, tim s6 phuc z sao
chow= Z~—1—i c6 modun 16n nhat.

Huwdéng dan:

Goi Z=X+Yi (X; ye ]R) = M(X;y) biéu dién cho s6 phirc z trong hé toa do Oxy
Z(z+2-4i) = (x—yi)[(x+2) + (y —4)i] = x(x+2) + y(y = 4) + [ x(y +4) — y(x+ 2) i
Z(z+2—4i)1a mot sb ao

SXX+2D)+Y(y-4) =0 X+ Yy +2x—-4y =0 (x+1)*+(y—-2)° =5

— M biéu dién cho z thudc dudng tron (T) ¢6 tam |(=1;2), ban kinh R =+/5

|0 =]z =1=i|=|(x =1 + (Y ~D)i| = J(x-D* + (y -1)? = AM véi ALD)

IA=+/5 = Ae(T)

ViM la Qiém di dong trén (T) nén AM 16n nhﬁt <> AM la duong kinh cua (T)

<> M d6i1 xting véi A qua I <114 trung diém cua AM
=>M(-33)=z=-3+3Iw=-4+2i

Vay |a)| 16n nhét bing 24/5 khi z =—-3+3i

Bai 5: Cho cée s phirc Z;;7, thoa man: |z,|=1;7,[z, —(1—i)]—6+ 2i la mot sb thuc. Tim sd

phirc 7,;2,530 cho P =| z,|* —(2,Z, +Z2,) dat gid tri nho nhét.
Huéng din:
Goi z, =a+bi;z, =c+di;(ab;c;d e R) = M(a;b),N(c;d) lan luot bidu dién cho z;7,
trong hé toa d§ Oxy
z|=1Va?+b* =1 a’ +b? =1
=M thudc dudng tron (T) c6 tdm O, ban kinh R=1
Z, =c—di,
w=7[7-(1-i)]|-6+2i=(c—di)[(c-1)+(d +1)i]+2-6i
—c(c—1)+d(d +1)+2+[c(d +1)—d(c 1) — 6]
@14 s6 thue <> c(d+1)-d(c-1)-6=0<c+d-6=0
=N thudc duong thang A:X+y—6=0
Taco d(O;A)>1nén A va (T) khéng c6 diém chung
27, =ac+bd +(bc—ad)i;zZ;z, =ac+bd + (-bc+ad)i = 2,7, + 7z, = 2(ac + bd)
P=c?’+d?-2(ac+bd)=(c-a)’+(b—d)*—1=MN?-1 (vi a®*+b*=1)
Goi H 1a hinh chiéu vuéng goc ctia O trén A:X+Yy—6=0= H(3;3)

Poan OH cit dudng tron (T) tai | (?’?J
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V6i N thude duong thang A, M thudc duong tron (T), ta co:
MN >ON —OM >OH —Ol = IH =32 —1. Péng thttc xay rakhi M = ;N = H

N

2
:Pz(sﬁ—l) ~1=18-6+/2 . Pang thuc xéy ra khi ="+ 07, =343

R

Vay P dat gia tri nho nhét bang 18 — 3V2 khi Z, > —1,z2,=3+3i

PHAN 3: BAI TAP TRAC NGHIEM .
Cau 1. Cho so phuc z=a-+bi. Tim ménh dé dung trong cac ménh d¢ sau.

A.z +z= 2bi B.z —z= 2a C.z.z=a’—b? D. [2%| =l
Cau 2. Tim s phic lién hop ctia sé phirc z = a+(a—b)i

A.z =a+(b-a)i B.z =a-bi C. z=a+(a-h)i D. z = a-bi
Cau 3. Cho s6 phiic z =a+bi. Tim phan thuc cia sé phic z?

A. a’+b’ B. a® —b? C.a+b D.a-b
Cau 4. Tim s6 phuc lién hop cua s6 phic: z=1-3i

A. z=3-I B. z=-1+3i C.z=1+3i D. z=-1-3i
Cau 5. Tim mé dun cua sb phirc: z =2+ 3i

A. 13 B. 5 C.5 D. 2

Cau 6. Tim ménh dé sai trong cac ménh dé sau. v
A. S6 phirc z = a + bi dugc biéu dién bang diém M(a; b) trong mit phang phtac Oxy

B. S6 phiic z=a + bi c6 médun 1a va? +b?

a=0
b=0
D. S6 phic z = a + bi ¢6 $6 phirc d6i 2’ = a - bi 7
Cau 7. Tim diém biéu dién s6 phiic z=1-2i trén mat phang Oxy
A. (L-2) B. (-1-2) C.(2-1) D. (2;1)
Cau 8. V4i gié tri nao cua x,y dé 2 sé phuc sau bang nhau: x +2i =3—yi

C.Séphl’xcz:a+bi:0<:>{

A x=2,y=3 B. x=-2;y=3 C. x=3y=2 D. x=3y=-2
Cau 9. Vi gia tri nao cua x,y thi (x+y)+(2x—y)i=3-6i

A x=-1Ly=4 B. x=-Ly=-4 C.x=4y=-1 D. x=4,y=1
Cau 10. Cho hai sé phic z=a+bi va z'=a'+b'i. Tim phan thuc s phic zz'

A a+a' B. aa’ q C. aa'-bb’ D. 2bb’
Cau 11. Cho sé phuc z=2016—2017i . Tim diém biéu dién cua sb phirc ddi cua z

A. (2016; 2017) B. (-2016;-2017)  C. (~2016;2017)D. (2016;—2017)

. 2 . . .
Cau 12. Cho so6 phtc z = (\/5+3i) . Tim phan thyc va phan ao cta so6 phac z .
A. Phan thuc bing —7, Phan 4o bing 6+/2i B. Phan thuc bing 7, Phan a0 bing 6+/2
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C. Phin thuc bing —7 va Phan ao bing 642  D. Phan thuc bing 7 va Phin 4o bing 6+2i
Cau 13. Cho s phtc z=2-3i. Tim phan thuc va phan ao cua sé phuc z°.
A. Phan thyc bang 46 va Phan 4o bang —9i  B. Phan thuc bing —46 va Phan 4o biang —9i
C. Phan thyc bang 46 va Phan ao bang —9i  D. Phan thuc bang —46 va Phan 4o bing -9
Cau 14. Tinh madun cua sb phuc z = (1+i)’
A. |z|:2\E B. |z|:\E C.z=0 D. |z|:—2ﬁ
NG

/ p —\2
Céu 15. Cho so6 phuc z :—%+7i . Tim s6 phtrc (z)

1 3. 1 3

A ————Ii B. —=+—1i C. 1+3i D. VJ3-i
2 2 2 2 ¥3 , ¥3
Cau 16. Cho hai s6 phitc z=2+3i va z'=1-2i. Tinh médun cua s6 phuc z+z'.
A. |z+z'|:\/1_0 B. |z+z'|:2x/§ C.lz+z]=2 D. |z+z'|:2\/1_0

Cau 17. Cho hai sé phtc z=3-4i va z'=4-2i. Tinh modun cta sé phuc z—z'

A. |z—z'|=«/§ B. |z—z'|=\/§ C.|z-z1=1 D.|z-2'=5
Cau 18. Tim sb phac z théa man didu kién 2z—iz =2+5i.

A. z=3+4i B. z=3-4i C.z=4-3i D. z=4+3i
Cau 19. Cho sb phuc z thoa man diéu kién 2z+3(1—i)z =1-9i . Tim modun cua z.

A. 13 B. \/82 C. 2=1+3i D. z=-1-3i
Cau 20. Tim md dun cua s6 phuc: z=2+3i

A. 13 B. 5 c.\5 D. 13

Cau 21. Tim ménh dé sai trong c4c ménh d¢é sau. q
A. S6 phirc z = a + bi duoc biéu dién bang diém M(a; b) trong mit phang phic Oxy

B. S6 phitc z = a + bi c6 modun 1a va2 +b?

a=0
b=0
D. S6 phirc z = a + bi ¢6 sé phuc dbi z” = a - bi
Cau 22. Tim sé phuc nghich dao cua sé phac z =1—+/3i

C.Séphl’xcz:a+bi:0<:>{

A 2‘1:1+£i B. 2‘1:1+£i C.z =1+ 3i D. zt=-1+ 3
2 2 4 4
Céau 23. Tim tap hop cac diém biéu dién hinh hoc cua cac s6 phic z =a+ai
A y=Xx B. y=2x C.y=—x D. y=-2x
Cau 24. Tim tap hop cac diém biéu dién hinh hoc cua cac sb phirc z=7+bi voi beR
A x=7 B.y=7 C.y=x D.y=x+7

Cau 25. Cho sé phiac z=a+a% véi acR. Tim tap hop diém biéu dién cua s6 phuc lién hop
cua z
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A. Puong thang y = 2x B. Puong thang y =-x+1

C. Parabol y = x? D. Parabol y =—x?

Cau 26. Tap hop cac diém trong mat phang biéu dién cho sé phicc z théa man diéu kién
|z—i| =1 c6 hinh dang nhu thé nao?

A. Buong thing B. Puong tron C. Poan thang D. Hinh vudng
Cau 27. Tap hop cac diém trong mit phang biéu dién cho sé phac z théa man diéu kién
|z—1+2i|=4 ¢6 hinh dang nhu thé nao?

A. Buong thing B. Pudong tron C. boan thang D. Hinh vudng
Cau 28. Cho hai sé phirc z=a+bi va z'=a'+b'i. Tim diu kién gitta a,b,a’,b' dé z+2' 1a
mot sé thuc

A {a,a'eR B {a+a'=0 c {a+a':0 D. {a+a':0

b+b'=0 b,b'eR b=b’ b+b'=0
Cau 29. Cho hai sé phtc z=a+bi va z'=a'+b'i. Tim diéu kién gitta a,b,a’ b’ dé z+z' 14
mot sé thuan ao.

A {a,a'eR B {a+a'=0 c {a+a':0 D. {a+a':0

b+b'=0 b,b'eR b=b’ b+b'=0
Cau 30. Cho hai s6 phuc z=a-+bi va z'=a'+b'i. Tim diéu kién gitta a,b, a',b' dé¢ z.z' 1a
mot s6 thuc

A. aa'+bb'=0 B. aa'-bb'=0 C. ab'+a'b=0 D. ab'-a'b=0
Cau 31. Cho hai sé phuc z=a+bi va z'=a'+b'i. Tim diéu kién gitta a, b, a’,b' dé z.z' 1a
mot s thuc

A. aa'+bb'=0 B. aa'-bb'=0 C. ab'+a'b=0 D. ab'-a'b=0
Cau 32. Cho hai s6 phuc z=a+bi va z'=a'+b'i. Tim diéu kién gitta a,b, a',b' d¢ z.z' 1a
mat sb thuan o

A. aa'=hb’ B. aa'=-bb’ C.a+a'=b+b’ D.a'+a'=0
Cau 33. Cho (x+2i)2 =vyi (x,yeR). Timgidtricia x va y

A. x=2va y=8 hoac x=-2va y=-8

B. x=3va y=12 hoac x=-3 va y=-12

C.x=1va y=4 hoic x=-1lvay=-4

D. x=4 va y=16 hoac x=4 va y=-16
Cau 34. Cho (x+2i)2 =3x+yi (x,yeR).Timgidtricua x va y

A. x=1va y=2 hoac x=-1va y=-2

B. x=-1va y=—4 hoac x=4 va y=16
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C.x=2va y=5hoic x=3va y=-4
D. x=6 va y=1hoiac x=0va y=4

Cau 35. Tim s6 phuc z, biét: (3—i)z—(2+5i)z=-10+3i.

A z2=2-3i B. z=2+3i C.z=-2+3i D.z=-2-3i
Cau 36. Tim s6 phuc z, biét: (2—i)z—(5+3i)z =—17 +16i
A. z=3+4i B. z=3-4i C. z=-3+4i D. z=-3-4i

Cau 37. Tim sb phuc z biét

z| =5va phan thyuc I6n hon phan 40 mot don vi.
A z,=4+3i, 2,=3+4i B.z=-4-3i, z,=-3-4i
C.z,=4+3i, z,=-3-4i D. z=-4-3i, z,=3+4i

Cau 38. Tim s6 phuic z biét |z = v20 va phan thuc gép doi phan 4o.

A 7y=2+i, 2, =-2-1I B.z,=2-i, z,=-2+i
C.z,=-2+i, z,=—-2—i D. z, =4+2i, z, =—4-2i

Cau 39. Tim tap hop cac diém trong mit phang biéu dién sé phuc z théa man diéu kién z? 1a
mot s6 thuc am

A. Truc hoanh (trir goc toa do O) B. Puong thang y = x (trir goc toa do O)
C. Truc tung (trir goc toa do O) D. Puong thang y =—x (trir go¢ toa do O)
Cau 40. Cho s phuc z théa mén: z+5=0. Tim mddun cua z.
A. 26 B. 5 C.0 D.5
Cau 41. Tim mb dun cua s6 phuc z=4+i—(2+3i)1—i).
A. 2 B.1 C.0 D.-2
Cau 42. Cho x, y la cac s6 thuc. Hai s6 phirc z=3+i va z=(x+2y)—Yyi bang nhau khi nao ?
A x=5y=-1 B. x=1y=1 C. x=3y=0 D. x=2,y=-1

Cau 43. Cho x, y la céc sb thyc. Sé phtic: z =1+ xi+ y+2i bang 0 khi nao ?
A x=2y=1 B. x=-2,y=-1 C. x=0,y=0 D. x=-1Ly=-2
Cau 44. Cho x sb thyc. Sé phic: z=x(2—1i) c6 md dun biang /5 khi nao ?

A. x=0 B. x=2 C. x=-1 D.x=—%

CAu 45. Cho sé phuc: z=+/2+i+/3. Tinh gia tri biéu thuc ‘Z.E‘.
Al B. 2 C.3 D.5

Cau 46. Cho hai s6 phiic: z, =1+2i, z, =—2—i Tinh gia trj biéu thuc |z,.7,|.
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A.5 B. 2.5 C.25 D.0

25

Cau 47. Cho sb phuc z ¢6 phan 4o gap hai phan thuc va |z +1] = = Tinh mé dun cua z.

A. J26 B. \5 C.0 D.5

Cau 48. Cho z c6 phan thyc 1a s nguyén va |z|—2z = =7 +3i +z.Tinh modun cia s6 phuc:
w=1-z+7°.
A. |w|=+/37 B. |w|=+/457 C. |w|=+/425 D. |w|=1/445

Cau 49. Cho z c6 phan thyc 1a s6 nguyén va |z|—3z =—11-6i+z. Tinh mddun ctia s6 phuc:
w=1+z-7°..
A. |w|=+/23 B. |w|=5 C. |w|=+/443 D. |w|=+/445

Cau 50. Gia sir M(z) 1a diém trén mat phang phuc biéu dién sb phic z. Biét tap hop cac diém
M(z) thoa man diéu kién sau day: |Z -1+ i| =2 la mot dwong tron. Tim tdm va ban kinh duong

tron do.
A. Cé tam (-1 —1) vabankinh la 2 B. C6 tam (1, —1) va ban kinh la 2
C. Cotam (-1 1) va ban kinh la 2 D. C6 tam (1, —1) va ban kinh 1a 2

Cau 51. Gia sir M(z) 1a diém trén mat phang phuc biéu dién sé phirc z. Biét rang tap hop céc
diém M(z) thoa mén diéu kién sau day: |2 + Z| = |1— i| la mot duong thang. Viét phuong trinh
duong thang do.

A. —4x+2y+3=0 B. 4x+2y+3=0 C. 4x-2y-3=0 D. 2x+y+2=0
Cau 52. Gia sir M(z) 1a diém trén mat phang phuc biéu dién sé phic z. Biét rang tap hop cac

diém M(z) thoa man diéu kién sau day: |z + z +3|=4 14 hai duong thang. Viét phuong trinh

nhitng duong thang do.
A.x:lva x:Z B_x:_lng:_Z
2 2 2 2
C.x:lva x:—Z D.x=—1vé xzz
2 2 2 2

Cau 53. Gia str M(z) 1a diém trén mat phang phuc biéu dién sé phirc z. Biét rang tap hop céc
diém M(z) thoa man diéu kién sau day: |z + z + 1 - i| = 2 12 hai duong thang. Viét phuong trinh

nhitng duong thang do.
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A. y:le\"/§ va y:—l_\/§ B y:_l_\/§ va y:—l_\/§
2 2 2 2
C. y=1+2\/§ va y:—1+2x/§ D.y= _1_2\/5 va y= _1J;/§

Cau 54. Tim s6 phuc z théa man: |z—(2+i)|=+10 va z.z2=25.
A. z=3+4i hoac z=5 B. z=-3+4i hoac z=-5
C. z=3-4i hoac z=5 D. z=4+5i hoac z=3
Cau 55. Goi z, VA z, 1a cac nghiém cua phuong trinh 2> —2z+5=0. Tinh P=2' + 2,
A. P=14 B. P=-14 C. P=14i D. P=-14i
Cau 56. Goi z, 1a nghiém phtic c6 phan ao am cua pt: z° +2z+3=0. Tim toa d6 diém M biéu

dién s6 phuc z,

A. M(-L2) B. M(-L-2) C. M(-—/2) D. M (=% —/2i)
Cau 57. Cho s phuc z ¢ phan 40 &m va théa man z°—3z+5=0 . Tim mé dun cua sé phuc:
w=27-3+14

A 4 B. V17 C. 24 D.5

Cau 58. Goi z; VA 2z, lan luot 12 nghiém caa phuongtrinh: 22 —2z+5=0. Tinh F =|z|+|z,|

A. 10 B. 3 C.6 D. 2.5
Cau 59. Cho s6 phuc z thoa man: (3+2i)z + (2—i)? = 4+i. Tinh higu phan thyc va phan 4o cua
s6 phtc z.

A. 0 B.1 C. 4 D.6
Cau 60. Cho s phuc z = F+F . Trong cé4c két luan sau két luan nao dng?

—i 1+i
A zeR B. z la sb thuan 4o.
C. M6 dun cua z bang 1 D. z ¢6 phan thyc va phan ao déu bing 0
+2016
Cau 61. Biéu dién vé dang z=a-+bi cua s phic z= 2y la s6 phirc nao?
+2i
A. iJrii B. _—3+ii C. i—ii D. _—3—ii
25 25 25 25 25 25 25 25
Cau 62. Tim diém biéu dién sé phuc z =%
+2i
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A. (1;-4) B. (-1;-4) C. (1;4) D. (-1;4)
CA&u 63. Tim nghiém cua phuong trinh i.z+2017-i=0.
A. 1+2017i B. 1-2017i C. -1-2017i D. —2017 +i
z+1

Cau 64. Cho sé phuc z=x+yi =1 (X, y € R). Tim phan ao cua sb phirc — .

(x=1)" +y? (x=1)"+y? (x=1)"+y? (x=1)"+y?
Cau 65. Trong C, giai phuong trinh il —1-i.
Z+
A z2=2-i B. z=3+2i C. z=5-3i D. z=1+2i

CAau 66. Cho phuong trinh z* + bz + ¢ = 0. Gia st phuong trinh c¢6 nghiém z = 1 + i .Tim c4c gia
tri b va ¢ bang (b, ¢ 1a s6 thyc).
A.b=3,c=5 B.b=1c=3 C.b=4,c=3 D.b=-2,c=2

Cau 67. Cho phuong trinh z° + az + bz + ¢ = 0. Gia sirz = 1 + i va z = 2 |a hai nghiém. Tim cac
giatri a, b, ¢ bang (a,b,c 1a s thuc):.

a=-4 a=2 a=4 a=0
A. {b=6 B.<b=1 C.<{b=5 D.<b=-1
c=-4 c=4 c=1 c=2
Cau 68. S phirc nao sau day 1a sé thuc.
1-2i 1+2i 1+2i 1-2i 1-2i 1+2i 1+2i 1-2i
A z=——+ - B. z= -+ - C.z=——- - L Z= ~ + -
3-4i 3-4i 3-41 3+4i 3—-4i 3+4i 3-4i 3+4i

Cau 69. Goi z, VA z, 1a cac nghiém cua phuong trinh z* —4z+9=0. Goi M, N i cac diém biéu
dién cua z, VA z, trén mat phang phic. Tinh d6 dai cia MN.

A. MN =4 B. MN =5 C. MN =—25 D. MN =25
Cau 70. Goi z, VA z, la cac nghiém ciaa phuong trinh 2> —4z+9=0. Goi M, N, P lan luot la
cac diém biéu dién cua z,, z, va sb phuc k = x+iy trén mat phang phac. Tim tap hop diém P
trén mat phang phirc dé tam giac MNP vuéng tai P.

A. Puong thang c6 phuong trinh y = x — J5

B. Puong tron c6 phuong trinh x* —2x+y*—8=0

C. Puong tron ¢é phuong trinh x* —2x+y® —8 =0, nhung khong chra M, N.

D. Puong tron ¢ phuong trinh x* —2x+ y* —1=0, nhung khong chira M, N.
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Cau 71. Goi z, VA z, la cac nghiém cua phuong trinh z +1 =—1. Tinh giatri cia P =2’ +z}.
z

A.P=0 B. P=1 C.P=2 D. P=3

Cau 72. Biét s6 phuc z thoa phuwong trinh z +% =1. Tinh gi& tri cua P =z + o5

A. P=0 B. P=1 C.P=2 D. P=3
Cau 73. Goi z, VA z, 1a cac nghiém caa phuong trinh z* —2z+10=0. Goi M, N, P lan luot Ia

cac diém biéu dién cia z,,z, va sb phuc k = x+iy trén mat phang phac. Tim s phirc k dé tam

giac MNP déu.
A. k =1++/27 hay k =1-+/27 B. k =1++/27i hay k =1—/27i
C. k=27 —i hay k =27 +i D. Mot déap s khéc.

2 + 2 + 201 £2011 | :2012
|008+|009+|00+|0 +|0

=201 - 2014 =201 =201 -2017 °
j2013 4 j2014 4 j2015  j2016 4 20

Cau 74. Tim phan thyc va phan ao cia z =
A.0; -1 B.1;0 C.-1;0 D.0: 1
Cau 75. Goi z, VA z, la cac nghiém cua phuong trinh 2> —4z+9=0. Goi M, N la cac diém biéu
dién cua z, VA z, trén mat phang phic. Tinh d6 dai cia MN.
A. MN =4 B. MN =5 C. MN =-2.5 D. MN =25
Cau 76. Goi z, VA z, la cac nghiém cua phuong trinh 2> —4z+9=0. Goi M, N la cac diém biéu
dién cua z, VA z, trén mat phang phic. Tinh d6 dai cia MN.
A. MN =4 B. MN =5 C. MN=-2.5 D. MN =25
Cau 77. Goi Z,,7,,7, la ba nghiém cia phuong trinh z°~8=0. Tinh M =22 +2, + 2. ..
AM=4 B.M=0 C. M=6 D. M =8
Cau 78. Tim s6 phitc z sao cho |z—(3+4i)|=/5 va biédu thic P=|z+2" ~|z~i[ dat gia tri 6n
nhét.
A 2+i B. 2+2i C. 5+5i D. 4+3i

A A 1r A ‘A A X 1s \ £ Z'+1l .z .2
Cau 79. Cho so phtrc z ¢6 tap nghiém bicu dién 1a truc hoanh . Néu z = 71 thi tap diém biéu
Z —
dién z' 12 mot phan cua hinh nao dudi day.

A. Truc tung B. Buong tron C. Tryuc hoanh D. Hinh tron
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Cau 80. Cho hinh vudng ABCD c6 tdm H va A,B,C,D,H lan luot 1a diém biéu dién cho céc sd
phuc a,b,c,d,h. Tinh médun cua $b phuc b biét a=—2+i; h=1+3i vasd phuc b cé phﬁn a0

duong .

A 22 B. \26 C. 42 D.5
Cau 81. Tim md dun cua sd phuc z théa man: (1—2i)(z+i)+4i(i-)=7-21i.

A. |7]=9 B. |7|=23 C.|z|=5 D. [7]=3J7
Cau 82. Trong mat phing phirc Oxy , tap hop céc diém biéu dién sb phuc Z théa man zz =5 la
duong tron ¢6 tdm | . Tim |

A I(0,0) B. I(l,O) C. I(—l,l) D. I(O,l)
Cau 83. Goi z,, 2, la hai nghiém cua phuong trinh 2> —2iz —4 = 0. Tinh mddun cta sd phtic
w=(z,—2)(z,-2)..

A. ‘w‘:G B. ‘w‘:5 C. ‘w‘:4 D. ‘w‘z?
Cau 84 Cho sé phitc z=x +yi; X,y € Z théa min z°> = 18 + 26i. Tim gi4 tri cia biéu thuc
T — (Z _ 2)2021 + (4_ Z)2012 .

A 2L007 B. 01007 C. 3007 D Lo
Cau 85. Cho sé phuc z=3-4i .Xac dinh can bac 2 cua sé phuc z.

A 2—i,—2+i B. 2+i C. 2+i,—2—i D. \3£2i
Cau 86. Cho s phuc z thoéa man phuong (1+2i).z=1-2i. Tim phan 4o cta s phirc
w="2iz+(1-2i)z.

A 2 B. C. - D.
S 5

Cau 87. Cho s6 phuc z thoa man z° = z. Khang dinh nao dung?.

1

gl w
ol

A. Phan thuc cua z 16n hon 1.

B.z c6 thé nhan gia tri la s6 thuc hodc sb thuan a0

C. Chi ¢6 duy nhé4t mét sé phtrc thuin do z théa z°=7z.
D. |z|=1

\5
Cau 88. Cho z:(l—ﬂj tinh 22 +28 427 + 28,

1-i
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A.0 B.1 C. 4 D.3

£2005 -

-1

Cau 89. Cho sd phuc tiy y z #1. Xét cac s6 phirc o = -7°+(2)% va

3
-z ‘ '
B= Tt (Z)? +Z . Ménh dé nao dudi day la dung.
Z —

A. a 1a s thuc, S 1a s thuc B. « 1asd 4o, S 1a s6 thuc

C. a lasb thuc, B 14 sb 4o D. o lasb ao, £ 1asd 4o
. —\4 —\2

Cau 90. Ki hi¢u 7,,2,,2,,7, 14 bén nghi¢m phirc cita phuong trinh (z) —2(z) ~8=0 Tinh
tong T =[z,|+|z,|+|z;| +|z,] -

A 4 B. 442 C. 4+2\2 D. 2+242
Cau 91. Piém M 14 diém biéu dién cua s6 phirc z thoa min phuong trinh 3(z +1) = 4z +i.(7 —i).
Tim toa do diém M.

A. M(-21) B. M(-2,-1) C. M(21) D. M(12)
Cau 92. Tinh mdédun ciia sé phitc 0=z +2>, voi (2+1i).z +? =5-1i.

+i

A. 52 B. 42 C. 242 D. 32

Cau 93. Tim tap hop cac diém trong mit phang phirc biéu dién cac s phirc z thoéa méan

2|z—z'| :|z—2+2i|.

2
A. Dudng tron tam I 0;1 , ban kinh R=1. B. Parabol y:xz
2
C. Dudng tron tam I /3;0 , ban kinh R =4/3. D. Parabol :3’Z

Cau 94. Cho sé phuc z théa mén : |Z -4+ 3i| =3. Tim s6 phirc z c6 modun nhé nhat.

A z=2+3i B.z:ﬂ+§i C.z:3+§i D. z=1-4i
5 5 2

Cau 95. Giai phuong trinh 3222 —24/3z++/2 =0.

& 5 &

A. g(lii) B. % (1£0) C. >3 i) D. ?6(114)

&

Cau 96. Cho cac s phuc z thoa man |z| =2, biét rang tap hop cac diém biéu dién sd phirc

w=(2-1)(z+2)—1 la mdt dudng tron. Tinh chu vi duong tron do.

Tran Thong swu tam va bién soan Facebook: Hpi Toan Bdac Nam



Tai liéu on tap gidi tich 12 hoc ky 11
A. 2n\f5 B. 3n\5 C. 65 D. 4nf5
Cau 97. Trong mit phang phtic, goi A, B, C lan luot 14 ba diém biéu dién céac s phic 2, Zys 2,

. Biét ‘zl‘ = ‘z2‘ = ‘zd , trong cac khang dinh sau ddy, khang dinh nao 13 ding .

A. Trong tam ciia tam gide ABC' 1a diém biéu dién sb phirc 2, + z, + z, .

B. Tam giac ABC c6 tdm duong tron ngoai tiép 1a gbc toa do O.

C. Tam gi4c ABC' c6 trong tim la gbc toa do O

D. Tam gidc ABC' la tam giac déu
Cau 98. Cho céac sO phicc w, z, u co biéu dién‘ hinh hoc thoa man: w ndm & goc phan tu thi (I), z
nam ¢ goc phan tu thr (I1), va u ndm trén chi€éu am cua truc thyc.

I 0}

Khang dinh nao sau ddy c6 thé dung?.
A U=zZwW, U=Z—W B.z=uw, u=z+w

C.u=zw;, u=z+w D.z=uw;, u=z-w

Cau 99. Cho sb phuc z thoa |z+i—-1 = |E—2i|. Tim gié tri nho nhét cua [z].
C. 1 D.1

1
A 2 B. ——
NA 4

Cau 100. Cho hai s6 phirc W va z thoa man w—1+ 2i = z. Biét tap hop cac diém biéu dién cua
sé phtrc z 1a duong tron tam 1 (-2;3), ban kinh r =3. Tim tap hop céc diém bicu dién cua sd
phuc wW..

A. Duong tron, toa d tim (-3;5) béan kinh bang 3.

B. Pudng thing song song tryc tung

C. Pudng thing song song truc hoanh

D. Pudng tron, toa 6 tim (—1;1) ban kinh bang 3

Cau 101. Tim tap hop diém bidu dién sé phirc z théa man: |z +1-3i[<4.

A. Buong tron tam I(1;3), ban kinh R=4 B. Buong tron tam I(-1;3), ban kinh R=2
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C. Hinh tron tam I(-1;3), ban kinh R=4 D. Hinh tron tam 1(-1;3), ban kinh R=2
2
Cau 102. Tim phan thuc cua sé phirc z biét: z + 121 0.
YA
A. 10 B. V10 C.5 D.-5

Cau 103. Cho 3 sé phitc z, =1+2i; z, =—3+i; z, =4—i. Dt s6 phitc z=2,2,z, =a+hi,

(a,beR). Tinh tong a+b.

A.-10 B. 10 C.-40 D. 40
. “3
Cau 104. Tim sb phirc o= 2z , biét z, =4-3i+(1-i)’; z, w
+i
A. ©=18-74.. B. ®=18-75.. C. ©=18+74.. D. ©=18+75..

Céu 105. Hinh v€ sau bleu dién dang hinh hoc cta cac sb phiic z va w. O day z nam trong goc
phan tu thir (Dvaw nam trong goc phan tu thir (I1). S& phire nao trong cac s6 phirc sau nam
trong goc phan tu thir (111)?

A W-2 B.z C. 2iz. D. —w

Cau 106. Goi A, B, C lan luot 1a cac diém biéu dién cua 3 sb phirc :
) . . 2+6l

1+21; (I1-)(A+20); . Tinh dién tich cua tam gidc ABC.

AL = C. W5 D. W5

4 2 5 2

Cau 107. Cho sb phiic z thoa man diéu kién |2 —2+3i|=3. Tim gi4 tri nh6 nhét ciia |z|.

A J13-3 B.2 C.J13-2 D. V2

A ~ A ’ , A r 4 \ 5 ~ 'Y A o - - \/E
Cau 108. Tim s6 phtrc z ¢c6 md dun 16n nhat va thoa man diéu kién ‘Z(l+ I)— 3+ ZI‘ = —
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V2 1. V3 1 315,

A. z2=1+3i B.z=—+ C.z=—-=i D.z==—+=—i
2 2 2 2 4 4

Cau 109. Cho sb phirc z #0 thoa man |Z| > 2. Tim tong gia tri 1én nhat va gia tri nho nhit cua

Z+Ii

z

biéu thirc P =

A 4 B.1 C. 2 D.3
Cau 110. Trén tap hop sb phirc cho phwong trinh 7% — J3z+1=0 (*). Goi Zz, z, 1a nghiém cua

z, 2

phuong trinh (*). Tim médun cta s6 phitc W=—2-+-2, neN,
[ i
A 4 B. 6 C.1 D. 2
) . . 1-3i i .
Cau 111. Cho s phuc zthéamﬁn:(l—ZI)Z+—_=2—l.Tim sO phuc W=27Z+=—"—.
1+i Z2+2i
w:l—ii B.W=l+ii C.W:Z—li D.W:£+Zi
10 10 10 10 5 5 5 5
A . z _ 1 .
Cau 112. Tim s6 phirc z thdaman —— =7 ——(3+1).
1+1 2
A z=4-i B. z=4+i C. z=1+4i D.z=3

Cau 113. Cho s phire z thoa méan: (l+ 2i)Z +(2—3i)2 =—2—2i. Tinh m6dun cua z.
A |7|=1 B. |z|]=2 C.|7=+2 D. |z]=0

Cau 114. Goi Z; va Z, 1a hai nghiém phirc ctia phuong trinh

2(1+i)z° -4(2-i)z-5-3i=0Tinh T =|z,|* +|2,|*

A.T:E B.T=l
2 2

C.T=9 D.T=1
Cau 115. Trén mat phang toa do Oxy, tim tap hop diém bicu din cac s6 phirc z thoa man didu kién
jzi—(2+i) =2

A. DBuong tron tam 1(2,1) ban kinh 2 B. Puong tron tam 1(2,1) ban kinh 4

C. Buong tron tdm 1(1,-2) ban kinh 2 D. Buong tron tm 1(1,-2) ban kinh 4
Cau 116. Trén mat phang toa do Oxy, tim tap hop diém biéu din cac s6 phirc z thda man didu kién

-2+i(z-1)|=5.
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A. Buong tron tam 1(2,1) ban kinh 25 B. Buong tron tam 1(2,1)bén kinh 25

C. Duong tron tdm 1(1,-2) bén kinh 25 D. Buong tron tdm 1(1,-2) ban kinh 5
6

LHV@J

Cau 117. Tim modul ctia s6 phirc z, biét z = (1+1)(2—i) —8+i +[

A. |z]=61 B. || =+/61 C. |z|]=36 D. |z|]=25

(2+3i) - 7i

- . Xéc dinh phan thuc, phan a0
|3+ 4i|

Cau 118. Cho s6 phuc z = (1—2i)(4—3i) - 2+8i +

ctia s6 phuc z

A. Phan thuc cua s6 phitc z 13 10, phan 4o cua sb phirc z 1a 4

B. Phan thuc ctia s6 phtrc z 14 -10, phan 4o cua sé phirc z 1a 4
C. Phan thyc ctia s6 phtrc z 12 4, phan 4o ctia s6 phirc z 1a-10
D. Phan thyc cua sb phire z 13 4, phan 4o cia sé phtc z 12 10

Céu 119. Tim tap hop cac diém biéu dién sb phtrc z trén mat phfmg toa d6 thoa mén diéu kién:

|z -5z -57 =0.
A. Duong tron tam | (5,0) ban kinh 25 B. Duong tron tim 1 (0,5) béan kinh 25
C. Buong tron tdm 1(5,0) ban kinh 5 D. Buong tron tdm 1(0,5) ban kinh 5

Cau 120. Tim phan thuc, phan 4o cta sd phtc Z biét: z= (2 —\/§i)(3+ J3i ) +(1- i)2016 .

21008

A. Phén thyc cia sé phic z 12 +9, phan 4o cua s phirc z 1a -3

B. Phan thyc cua s phirc z 1a 2'°% +9, phan 4o cta s6 phuc z 1a ~J3i

21008

C. Phan thyc cta s phuc z 1a —9, phin 4o cua sé phic z 1a —/3i

2198 _ 9 phin 4o ctia s6 phie z 12 —3

D. Phan thyc cua sb phuc z 1a
Céu 121. Cho s6 phirc 7 thoa man: (1+2i)z+(2-3i)z =-2~2i. Tinh modun ciia Z+iZ.

A. |w|=5 B. |w|=5v2 C. |w|=4 D. [w| =442
, — (1+iY (2 Y ‘ ‘
Céau 122. Cho s0 phirc zthéa man:1Z = ﬁ + m . Tim phan thyuc, phan 4o cua

W=2Z+IzZ.
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A. Phan thyc cuia s6 phtc z 13 15, phéan 4o cia sé phtc 7 13 17
B. Phan thyc cuia s6 phie z 1a 15, phan 4o ciia s6 phuc z 1a —17
C. Phan thuc ctia s phirc z 1a 15, phan 4o ciia s6 phic z 1a —17i

D. Phan thyc cta s6 phitc z 1a —15, phan ao cta s6 phirc z 1a —17

CAu 123. Cho s6 phitc zthéa man: (1+2i)z 1a sb thuc va

z+2z2— %‘ =25 Tims phtrc lién
hop cua z.
A 4 B.6 C.1 D. 2
Cau 124. Cho sb phuc 7 théa méan: |Z|2 +|Z|4 =30 va ‘22 +E‘ = \/E Tim modul ctia sé phirc z.
A |z|=5 B. || =5 C. |z]=22 D. |z]=2

. : : 1
Cau 125. Goi Z;,Z, 1a hai s6 phirc thoa man |2 +3iz| =|6z —i| va |z, — z,| = 3 - Haytinh gia

tri ctia biéu thie A= ‘Zl + 22‘ :

A 4 B. 6 C.1 D. 2

Cau 126. Cho sb phirc ; thoéa man: +Z =2 . Tim phan thyc, phan a0 ciaW = 7’ - 2(2 + i)

1-2i
A. Phén thyc cta sé phic z 12 —i—g , phan 4o cua sé phic z 1a —142—8

B. Phan thyc cua sd phirc z 1a —% , phan 4o cua s phic z 1a —%i

C. Phan thyc ctia s6 phtrc 7 Ia _161_2 , phan 40 cua s6 phic z 1a _161_2

D. Phan thyc cua sb phuc z 1a —% , phan ao cua sb phuc z 1a %i

. - - .2 . 2 4
Cau 127. Cho so phuc z théa man:1+ z =‘Z—I‘ +(IZ—1) . Tim modul ctia W= Z-|——1
7+

A 4 B. 6 C.1 D. 2
Cau 128. Tim s6 phirc W =1—3i +z c6 modul 16n nhat. Biét z 1a s6 phirc sao cho ‘Z -1+ i‘ =2

A. z=8-4i B. z=8+4i C. z=——ﬂi D. z:§+fi
5 5 5
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A . 11 1
Cau 129. Cho s8 phirc 7 théa man:|z|=2016. Tim modul cia W biét =+— =
Z W ZI+W
A. |w|=1 B. |w|=0 C. |w|=2016 D. |w|=5

Cau 130. Goi Z;,Zy,Z; 14 hai s6 phirc thoa man Z +2, +Z; =1 va|z| =|z,| =|z,| =1 . Hay
tinh gi4 tri cta biéu thoe A= 213 + Zg + Z: :

A 4 B.5 C.1 D. 2
Cau 131. Goi A,B 1 hai diém biéu dién cua cac s6 phirc Z;,Z, thoa man 2Z, = (1+ \/§i ) Z, va

|2,/ =1. Tinh dién tich tam gi4c OAB.

5 5

2 4

D.S=43

Cau 132. Trén mat phang toa do Oxy, tim tap hop diém biéu dién cac s6 phirc W =3z +1—i biétz1a

N |~

s6 phtrc théa man didu kién‘ 1+2- 3” = \/5 ‘1"‘ Z| ¢6 hinh dang nhu thé nao?

A.Hinh tron B.Duong thang C.Dbuong tron D.Parabol
Cau 133. Cho tap hop sb phirc 7z théa méan: ‘24 +1‘ = 2|z|. Tim gi4 tri nho nhat, 16n nhét cua
modul z.

A. Gia tri nho nhét cia modul z 12 «/g -1, gia tri lon nhét ctiia modul z 12 \/g +1.

B. Gia tri nhé nhat cua modul z 1a \/g , gla tri 16n nhét cua modul z 1a \/g +1.

C. Gia tri nho nhit ctia modul z 1a 2 , gia tri lon nhét cua modul z 1a «/g +1.

D. Gi4 tri nh6 nhit cia modul z 13 2, gi4 tri 16n nhét ciia modul z 1a /5 1.

4 4
. Z z
Céu 134. Cho céc s phirc Z;,Z, théa man |2, —2,|=|z,|=|,| Hay tinh P = (—1J +{—2j
ZZ

A P=1 B. P=2 C.P=-1 D.P=-2

Céu 135. Cho s6 phirc zthéa man |z|=1. Tim gi4 tri nho nhét, 16n nhit ciia modul

|z+]4+‘zz—z+q.

A. Gia tri nho nhat cua modul z 1a \/5 —1, gia tri 16n nhat ciia modul z 1a ? .
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B. Gia tri nho nhat ctia modul z la \E , gia tri 16n nhat cia modul z 1a —.

C. Gia tri nho nhit ciia modul z 1a ? , gi4 tri 16n nhat ciia modul z 1a /3 1.

D. Gi4 tri nho nhét ctia modul z la \/5 -1, gid tri 16n nhét cia modul z 13 \E -1.

Cau 136. Cho s phirc ; thoa man ‘Z‘ =1. Tim gi4 tri nho nhat, 16n nhit ctia modul ‘23 —1‘ .

A. Gia tri nho nhét ctia modul z 14 1 , gia tri 16n nhét ctia modul z 12 4.
B. Gia tri nho nhat cia modul z 13 0 , gié tri 16n nhat ctia modul z 14 4.
C. Gia tri nho nhit ctia modul z 14 4 , gia tri lon nhét cia modul z 13 5.
D. Gia tri nho nhét ciia modul z 14 1, gia tri lon nhét cua modul z 13 5.

zZ+2-i

Cau 137. Cho tap hop s6 phiic z théa man: .
Z+1—1

‘ = «ﬁ . Tim gia tri nhd nhét, 16n nhét cua
modul z.

A. Gia tri nho nhét cia modul z 1a \/E -1, gia tri 1én nhét ctia modul z 12 \/E +1.
B. Gia tri nh6 nhat cua modul z 1a \/E , gla tri 16n nhét ctia modul z 1a \/E +1.
C. Gia tri nho nhit ciia modul z 1a 2 , gia tri lon nhét ctiia modul z 1a \/E +1.

D. Gia tri nho nhét cia modul z 1a 2, gia tri lon nhat cia modul z 1a x/i +1.
Cau 138. Tim tap hop cac diém biéu dién sb phirc z trén mit phang toa do sao cho

|Z - i| = ‘(I +1) Z‘ ¢6 hinh dang nhu thé nao?
A.Mot phan hinh tron B. M6t phan hypebol
C. Mot phan dudng thang D. M6t phan duong tron
Cau 139. Tim tép hop cac diém biéu dién s phitc W =iz +1 trén mit phang toa do sao cho :
_ . 3
‘(z—2| +1) ‘=8
A. Buong tron tim | (—1,1) ban kinh 2 B. Puong tron tim 1 (1,1) ban kinh 2
C. Buong tron tdm 1(-1,1) ban kinh 4 D. Buong tron tam 1(1,1) ban kinh 4
2
A o .. I'+z+1 . .
Cau 140. Cho s6 phircz € C\R théa man 2—1 la s0 thyc. Tim modul cua z.
7" -7+
A lg=1 B. |7 =2 C. |z|=+2 D. |z|=3
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