I Trung Tim Luyén Thi Dai Hoc Amsterdam Chwong III-Phwong trinh va Hé Phwong Trinh I

/) won PHU'ONG TRINH - HE PHUONG TRINH
72q g

SBAI 1. PAI CUONG VE PHUONG TRINH

A - LY THUYET
1. Pinh nghia.
Cho hai ham s6 y = f (x) va y=g(x) c6 tap xac dinh lan Ivotla D, va D,.Pit D=D; nD,.

Ménh dé chira bién | f (X) =g (X)" dworc goi la phwong trinh mét an.

+ X dwoc goila 4n s6'(hay 4n) va D goi la tip xac dinh cia phwong trinh.

+ X, €D goilamdt nghiém cta phwong trinh f (x)=g(x) néu " f (%, )=0g(X,)"| 1a ménh dé

ding.

Chi ¥

Céc nghiém ctia phwong trinh f (x) = g(x) 1a cac hoanh do giao diém ctia hai d6 thi ham s&

y="f(x)vay=g(x).
2. biéu kién ctia mét phwong trinh

Khi giai phwong trinh (1), ta cin lwu y véi didu kién d6i véi dn s6 x d€ f(x) va g(x) cé nghia
(tlc 1a moi phép toan déu thwe hién dwoc). Ta ciing n6i dé 1a diéu kién xac dinh cia phwong trinh
(hay goi tat la diéu kién cta phwong trinh).
3. Phwong trinh nhiéu 4n

Ngoai cdc phwong trinh mét 4n, ta con gip nhitng phwong trinh cé nhiéu 4n s8, chang han

3x+2y =x>—2xy+8, (2)
AX* —xy+27 =37" +2x2+ y°. (3)

Phuong trinh (2) 1a phwong trinh hai &n (x va y), con (3) 1a phwong trinh ba &n (X, Y va z).

Khi x =2, y =1 thi hai v& ctia phwong trinh (2) c6 gi tri bang nhau, ta néi cap (x;y)=(2;1) la
mot nghiém ctia phwong trinh (2).

Twong tw, bd ba s6 (X;y;z) =(-11;2) 1a mdt nghiém ctia phwong trinh (3).
4. Phwong trinh chira tham sé

Trong mét phwong trinh (mét hodc nhiéu an), ngoai cac chir ddng vai tro dn s6 con c6 thé co cac
chir khac duwgc xem nhw nhitng hang s6 va dwgc goi 1a tham s8.
5. Phwong trinh twong dwong, phwong trinh hé qua.
5.1. Phwrong trinh twong dwong:

Hai phwong trinh f (x)=g,(x) va f,(x)=g,(x) dwoc goi 1a twong dwong néu chiing c6 ciing
tap nghiém.
Kihiéula f,(x)=g0,(x) < f,(x)=0,(x).

" Nhin xét: Phép bién ddi khong lam thay d6i tip nghiém ctia phwong trinh goi 1a phép bién déi
tirong duong.

A Vidy 1. Tim m dé cap phwong trinh sau twong dwong.
a). (x+1)°=0 (1) va ax*—(2a+1)x+a=0 (2)
b). X*~9=0 (1) va 2x*+(m-5)x-3(m+1)=0 (2)
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5.2. Phwong trinh hé qua:
Dinh nghia: Néu moi nghiém ctia phwong trinh f,(x)=g,(x) déu 1a nghiém ctia phwong trinh

f,(X)=g,(x) thi phwong trinh f,(x)=g,(x) dwoc goi la phwong trinh hé qua cia phuong
trinh f,(x)=g,(x).

Ki hiéu la f.(X)=0,(x)= f,(X)=0,(x)
Nhén xét: phwong trinh hé qua c6 thé cé thém nghiém khong phai 1a nghiém ctia phwong trinh
ban dau. Ta goi dé la nghiém ngoai lai.

_ 5
Xx—3 x’-x-6
Loi giai

LA Vi dy 2. Giai cac phwong trinh sau 1+

5.3. C4c dinh Iy:
Pinh Iy 1: Cho phwong trinh f (x)=g(X) c6 tap xac dinh D; y=h(x) la ham s xac dinh trén

D . Khi dé trén D, phwong trinh da cho twong dwong véi phwong trinh sau
« f(x)+h(x)=g(x)+h(x)
+ f(x)h(x)=g(x).h(x) néu h(x)=0 v&éimoi xe D
Pinh 1y 2: Khi binh phwong hai vé cia mét phwong trinh, ta dwoc phwong trinh hé qua cua
phuong trinh da cho. f (x)=g(x)= f?(x)=g%(x).
" Liru y: Khi gidi phwong trinh ta can chd y
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» Dat diéu kién xac dinh(dkxd) ctia phwong trinh va khi tim dwgc nghiém cia phwong
trinh phai doi chiéu véi diéu kién xac dinh.

» Néu hai vé cia phwong trinh /uén cing diu thi binh phwong hai vé ctia né ta thu dwoc
phwong trinh twong dwong.

» Khi bién d6i phwong trinh thu dwoc phwong trinh hé qua thi khi tim dwgc nghiém cia
phwong trinh hé qua phai thir lai phwong trinh ban dau dé loai b6 nghiém ngoai lai.

B. CAC DANG TOAN VA PHPONG PHAP GIAL.

DANG TOAN 1: TIM PIEU KIEN XAC PINH CUA PHFONG TRINH.

1.Phwong phap.

biéu kién xac dinh ctia phwong trinh bao gém cac diéu kién dé gia tri caa f(x), g(x) ciung
dwoc xac dinh va cac diéu kién khac (néu c6 yéu ciu trong dé bai)
biéu kién dé biéu thirc

® () xécdinhla f(x)=0. @ f(lx) xacdinhla f(x)=0. ® L

9

xac dinhla f (x)>0.

2.Bai tap minh hoa.

L1 Bai tdp 1. Tim diéu kién xac dinh cia phwong trinh sau:

a). X+ 25 =1 b).1+~/3-X =vX—-2

0). 1++/2x-3=+/3x-2 d). Va_2x =1
X*—3x+2
Loi gidi

L1 Bai tip 2. Tim diéu kién x4c dinh cia phwong trinh sau roi suy ra tip nghiém cua né:
a). 4X+~/4x—3 =2/3-4x +3. b). V—x? +6Xx—9+X° =27 .
©). VX +4x-2=-3—x . d). J(x=3)’ (5-3x)+2x =3x—5 +4.
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3.Bai tap luyén tap.

1 Bai 1. Tim diéu kién xac dinh cta phwong trinh sau:

a). —>—3x b).1++/x—2 =+/x-1

x2—x-1
X+1
c).1+/2x—4 = /2 4x d). V2x—6=—21=
X°—3X+2

L1 Bai 2. Tim diéu kién x4c dinh ctia phwong trinh sau réi suy ra tip nghiém cua né:

a). 4x+2y/4x—3 =2/4x-3+3. b). V-x2+x—-1+x=1.
0). V2x +/x=2=~2—x +2. d). VX* —4x2 +5x—2+ X =~/2—X.
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4.Cau héi tric nghiém.

C4u 1. Piéu kién xac dinh cia phwong trinh 2x__ 5= la

A. x=1. B. x=-1. C. x=+1. D. xeR.

A. x>3. B. x> 2. C. x>1. D. x>3.

Cau 3. biéu kién xac dinh cia phwong trinh /x—2 + X7+5 =0 1la
- X
A x>2. B. x<7. C.2<x<7. D. 2<x<7.

Cau 4. Piéu kién xac dinh cia phwong trinh 1, VX -1=01a

N

A. x>0. B. x>0. C.x>0va x*-1>0. D.x>0 va
x?—=1>0.

X2 8
Cau 5. Piéu kién xac dinh cia phwong trinh = la
Jx-2 X—2
A. X #2. B. x>2. C. x<2. D. x> 2.

5 | Lép Todn Thiy-Diép Tuin Tel: 0935.660.880 |



IT rung Tam Luyén Thi Dai Hoc Amsterdam Chwrong IlI-Phwrong trinh va Hé Phuong T rinbl

Lovi giai.

C4u 6. Diéu kién xac dinh cia phwong trinh ! i =4/x+3 la:

X2

A. X>-3 vax=12. B. x #+2. C. x>-3va x==2. D. x>-3.

Cau 7. Diéu kién x4c dinh cta phwong trinh vx* -4 = ! > la
X —_
A. X>2 hoac x<-2. B. x>2 hoac x<-2. C. x>2 hoac x<-2. D.x>2 hoac x<-2.

Lo giai.

I
—
Q-

C4u 8. biéu kién xac dinh cua phwong trinh x+

1
V2x+4 X

A. x>-2va x=0. B. x>-2,x#0 va xsg. C. x>-2va x<g. D. x= -2 va x#0.

Loi giai.
A SN ea g e ) . 1 4-3x .
Cau 9. biéu kién xac dinh clia phwong trinh x+2— = la
VX+2 X+1
A x>-2vax#-1. B.x>-2va x<§. C.XG(—Z;%}\{—l}. D. x# -2 va x=-1.

C4u 10. Pidu kién x4c dinh ciia phwong trinh Y2271 _ ¢ 13
X° +3X
1 1. 1,
A.XZ—E. B.XZ—E va X #—3. C.XZ—E va X =0. D.x=0.
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DANG TOAN 2: GIAI PHUONG TRINH BANG PHEP BIEN DOI TUONG PUONG VA HE QUA
1.Phwong phap.

bé gidi phwong trinh ta thwc hién cac phép bién do6i dé dwa vé phwong trinh twong dwong véi

phwong trinh da cho don gidn hon trong viéc giai n6. Mot s6 phép bién doi thwong str dung

+ Cong (hoic trir) ca hai vé cia phwong trinh ma khong lam thay doi diéu kién xac dinh cua
phwong trinh ta thu dwoc phwong trinh twong dwong phwong trinh da cho.

+ Nhéan (chia) vao hai vé véi mot biéu thirc khac khong va khong lam thay déi diéu kién xac
dinh cia phwong trinh ta thu dwoc phwong trinh twrong dwong véi phwong trinh da cho.

+ Binh phwong hai vé cia phwong trinh ta thu dwoc phwong trinh hé qua cia phwong trinh da
cho. Sau d¢ ta thir lai nghiém ctia phwong trinh.

+ Binh phwong hai vé ciia phwong trinh(hai vé luén cung diu) ta ludén thu dwoc phwong trinh
twong dwong véi phwong trinh da cho.

2. Bai tap minh hoa.

L1 Bai tap 3. Gidi cac phwong trinh sau
1 5 X

1

= : = —X=2
Xx—-3 Xx*—-Xx-6 b) X—2 JX=2 X
0). Vx+3(x* =3x*+2) =0 d). VWX -1(x*—x—-2)=0

a). 1+

|00 Bai tap 4. Giai cdc phwong trinh sau |
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a).v/2x—3 =/4x*-15 b). Vx> —3x+4 =8-3x.

c). |2x+1| =|x-2| d). [2x+1=x-1

[ Bai tip 5. Tim nghiém (X;y) véi x 12 s6 nguyén dwong cia phwong trinh sau

J20-8x +6x —y7 = yNT—4x
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L1 Bai tdp 6. Tim m dé cap phwong trinh sau twong dwong
a). mx*—2(m-1)x+m—-2=0 (1) va (m-2)x*-3x+m*-15=0 (2)

b). 2x* +mx—2=0 (3) va 2x° +(m+4)x* +2(m-1)x—4=0 (4)

Loi giai

3. Bai tap ty luyén.
L1 Bai 3. Giai cac phwong trinh sau

a). 1+~ =0 b =X -1 3x

2—-X 4-x 3-x  V3-X
3-X
). Vx+1(x*-16) =0 d =
) ( ) ) x> —2x-3
Loi giai
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L1 Bai 4. Giai cac phwong trinh sau
a). VX—2=+/x*-8 b). V3x* —x-9=x-1. ¢).[2x+3|=|2x—3| d). [2x-1=3x-4

Loi gidi

[ Bai 5. Tim m dé cdp phwong trinh sau twong dwong
a). 3x+2=0 (1) va (m+3)x—m+4=0 (2)

b). x+2=0 (1) va m(x* +3x+2)+m’x+2=0 (2)
). X +mx—-1=0 (1) va (m-1)x*+2(m-2)x+m-3=0 (2)
d). (2m-2)x*—(2m+1)x+m*+m-17=0 (3) va (2—m)x* +3x+15-m* =0 (4)

Loi gidi
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4.Cau hoi trac nghiém.

Cau 11. Hai phwong trinh dwoc goi la twong dwong khi
A. C6 cung dang phwong trinh. B. C6 cung tap xac dinh.
C. C6 cung tip hop nghiém. D. Ca A, B, C déu dung.

Cau 12. Phuwong trinh ndo sau day twong dwong véi phwong trinh x> —4=07
A. (2+x)(—x2+2x+1)=0. B. (x—2)(x2+3x+2)=0.

C. Vx*-3=1. D. x> —4x+4=0.
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Cau 13. Phuwong trinh ndo sau day twong dwong véi phwong trinh x> —3x=07?

A X2 +X=2=3x+/x-2. B. x2+i3:3x+L

X—3

X_
C. x2/Xx—3 =3x/x-3. D. X2 +4/X2+1=3x+/x* +1.
Lo giai.

Cau 14. Cho phwong trinh (x2 +l)(x —1)(x+1)=0. Phwong trinh nao sau day twong dwong véi

phwong trinh da cho ?
A. x-1=0. B. x+1=0. C. x¥*+1=0. D. (x—1)(x+1)=0.
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Lovi giai.

Cau 15. Phwong trinh nao sau day khong twong dwong véi phwong trinh x+ 1 =17

X
A X’ +x=-1. B. [2x-1++/2x+1=0.  C. x¥x-5=0. D. 7++/6x-1=-18.

Lo giai.

Cau 16. Khang dinh nao sau day la ding?
A 3X+/X-2 =x* & 3x = x> —x-2. B. Vx-1=3x < x—1=9%%

C. 3X+X—2=x2+/x-2 < 3x = X2 D. ;Z/X;i :\/x—1<:>2x—3:(x—1)2.
X_

Cau 17. Khing dinh ndo sau day 1a sai?
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A Jx-1=2J1-x < x-1=0. B. X*+1=0< X_11=0.
X_

D. x¥*=1< x=1.

C. |x—2|:|x+1|<:>(x—2)2 =(x+1)".

Cau 18. Chon cdp phwong trinh twrong dwong trong cac cap phwong trinh sau:
A X++x-1=1++/x-1va x=1. B. Xx+VXx—-2 =1+x-2 va x=1
(Lv&(x+2}:J§véx+2:1. D. Xx(x+2)=x va x+2=1

Cau 19. Chon cap phuwong trinh twong dwong trong cac cdp phwong trinh sau:

A 2X+/X=3 =1+/X—3 va 2x =1. B XX+ _ 4 s x—o.

JXx+1
C.Vx+1=2-x va x+1=(2-x)". D. x+vx-2=1++/x-2 va x=1.
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Cau 20. Chon cap phwong trinh khong twong dwong trong cac cdp phwong trinh sau:
A X+1=x"—-2X va X+2= (x—l)z. B.3X/X+1=8v3—X va 6x+/x+1=16+/3-x.

C. XN3—2X+ X =X*+ X va XJ3-2X = X. D. VX+2=2X va x=§.

C4u 21. Tim gia tri thwc cia tham s6 m dé cap phwong trinh sau twong dwong:
2x2+mx—-2=0 (1) va 2¢+(m+4)x*+2(m-1)x—-4=0 (2).

A.m=2. B. m=3. C.m:%. D. m=-2.
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C4u 22. Tim tat ca cac gia tri thwe cia tham s6 m dé cap phuwong trinh sau twong dwong:
mx’—2(m-1)x+m-2=0 (1) va (m-2)x*-3x+m’-15=0 (2).
A.m=-5. B. m=-5 m=4. C. m=4. D. m=5.

Cau 23. Khang dinh nao sau day la sai?
X(x-1
A Vx-2=1=x-2=1. B. ( 1):1:>x:1.
X_
C. [3x—2|=x-3=8x*-4x-5=0. D. Vx-3=+/9-2x =3x-12=0.

Cau 24. Cho phuwong trinh 2x* — x = 0. Trong cac phwong trinh sau diy, phwong trinh nao khong
phai la hé qua ctia phwong trinh da cho?
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A 2x——X_—o. B. 4x° —x =0,
1-x
C. (2x2—x)2+(x—5)2:0. D. 2x3 +x2 —x=0.

Cau 25. Cho hai phuwong trinh: x(x—2)=3(x-2) (1) va
day la dung?
A. Phwong trinh (1) 12 hé qua cia phwong trinh (2).
B. Phwong trinh (1) va (2) la hai phwong trinh twong dwong.
C. Phwong trinh (2) lah
D.Ca A, B, C déu sai.

& qua ctia phuong trinh (1).
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CAu 26. Tap nghidm ctia phwong trinh VX% —2x =/2x—x? la:
A S={0}. B.S=0. C.s={0;2}. D. S ={2).

A. 0. B.1. C. 2. D. 3.

A. 0. B.1. C. 2. D. 3.

A. 0. B.1. C. 2. D. 3.
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Cau 30. Phwong trinh X++/X—1=+/1—X c6 bao nhiéu nghiém?
A. 0. B. 1. C. 2. D. 3.

A. 0. B.1. C. 2. D. 3.

A. 0. B.1. C. 2. D. 3.

Cau 33. Phwong trinh x+ il = 2X _11 c6 bao nhiéu nghiém?
X— X—
A. 0. B. 1. C. 2. D. 3.

Cau 34. Phwong trinh (X2 -3x+ 2)\/X —3=0 c6 bao nhiéu nghiém?

A. 0. B. 1. C. 2. D. 3.
Lovi giai.
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A. 0. B.1. C. 2. D. 3.

SBAIl 2. HU'ONG TRINH BAC NHAT VA BAC HAI MOT AN

A.LY THUYET.
I. Phwong trinh bic nhit mét 4n.
1. Pinh nghia.
Phuong trinh bic nhat mot 4n la phwong trinh c6 dang (1) véia,beR vaa=0
2. Giai va bién luan phwong trinh ax+b=0 (2).
*Néua=0:(l)ex= b do d6 phwong trinh c6 nghiém duy nhat x = —9.
a a
+ Néu a=0: phuwong trinh (1) tré thanh Ox+b=0
< Trwong hop 1: Véi b =0 phwong trinh nghiém ding véi moi xe R
< Trwong hop 2: Véi b =0 phwong trinh vé nghiém.

3. Vi du minh hoa.
L1 Vi du 1: Giai va bién ludn phwong trinh sau véi m 1a tham so.
a). (m-1)x+2-m=0 b). m(mx—1)=9x+3
2m-1)x+2
©). (M+1)°x=@Bm+7)x+2+m d).%=m+1
X_
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II. Phirong trinh bic hai mét 4n.

1. Dinh nghia: phwong trinh bic hai mot 4n phuwong trinh c6 dang lax? +bx+c =0 (2) véi a,b,c

lasothucva a=0

2. Giai va bién luan phwong trinh ax® +bx+c=0
+ Néu a=0 : tré vé gidi va bién ludn phwong trinh dang (1)
+* Néu a=0: A=b*-4ac

—b+A

< Trwong hop 1: A >0 phwong trinh c6 hai nghiém phan biét x = >
a

b
X=

< Truong hop 2: A=0 phwong trinh c6 nghiém kép 2a
< Truwong hop 3: A<0 phwong trinh vé nghiém.
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3. Vi du minh hoa.
L1 Vi du 2: Giai va bién ludn phwong trinh sau véi m 1a tham so.
a). X2 —x+m=0 b). (M+1)x* —=2mx+m-2=0 c). (2m*+5m+2)x* —4mx+2=0

Lo giai
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IIL. Pinh li Vi-ét va rng dung.
1). Dinh li Vi-ét.
Hais6 X, va X, 1a cAc nghiém ctia phwong trinh bac hai ax® +bx+ ¢ =0 khi va chi khi ching
théa man hé thic X +X, = _b va XX, = ‘.
a a
2) U'ng dung.
+ Nham nghiém ctia phwong trinh bac hai.
+ Phan tich thanh nhan ti:
% Néu da thitc f(x)=ax’+bx+c c6hainghiém X, va X, thino c6 thé phén tich thanh nhén ti
f(x)=a(x—x)(x=X,).
+ Tim hai s6 khi biét tong va tich cia ching:

<> Néu hai s§ c6 téngla S vatichla P thi ching la nghiém ctia phwong trinh x> —Sx+P =0.
+ Xét diu cda cac nghiém phwong trinh bic hai:

Cho phuwong trinh bac hai ax® +bx+c=0(*), ki hiéu S= —g, P= g khi do
<> Phwong trinh (*) c6 hai nghiém trai dau khi va chi khi P <0
A>0
< Phwong trinh (*) c6 hai nghiém dwong khi va chikhi <P >0
S>0
A>0
< Phwong trinh (*) c6 hai nghiém am khi va chi khi <P >0
S<0

3. Vi du minh hoa.
O Vi du 3. Goi X, X, 1a hai nghiém ctia phwong trinh: —x*+3x+1=0. Tinh gi4 tri ctia cac biéu
thirc thda

1 1
a). A=X +%; b). B=x¢ (% —1)+x (%, -1); c).C:E—F
2

Lo giai

[0 Vi du 4. Tim m dé phuwong trinh 3x* +4(m-1)x+m’—-4m+1=0 c6 hai nghiém phén biét

X théamén-i+i—1( +X)
X X, X% 2 X +X;).
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B. CAC DANG TOAN VA PHIPONG PHAP GIAL

DANG TOAN 1: GIAI VA BIEN LUAN PHIPONG TRINH DANG ax+b=0.
1.Phwong phap.

Dé giai va bién luidn phwong trinh dang ax+b =0 ta dwa vao két qua sau

a=0
+» Phuwong trinh ax+b =0 c6 nghiém < L‘_b -0

a=0
+ Phuong trinh ax+b=0 v0 nghiém <
b+0
+ Phuong trinh ax+b =0 c6 nghiém duy nhat < a=0

2.Bai tap minh hoa.

L1 Bai tap 1. Gidi va bién ludn phwong trinh sau v&i a,b 1a tham sd.
a). a’(x—-a)=b*(x-h)

b). b(ax—b+2)=2(ax+1)
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L1 Bai tdp 2. Tim m dé phwong trinh sau c6 nghiém duy nhat.
a). (M* —m)x = 2x+m* -1 b). m(4mx—3m+2)=x(m+1)

[ Bai t4p 3. Tim m d& do thi hai ham s8 sau khong cit nhau y =(m+1)x* +3m’x+m va
y=(m+1)x*+12x+2..

3. Bai tap luyén tap.

[~ Bai 1. Gidi va bién ludn phwong trinh sau véi m 1a tham s6.
a). (2m-4)x+2-m=0 b). (M+1)x=(3Bm* -1)x+m-1
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7~ Bai 2. Giai va bién luan cac phwong trinh sau:
x+a-b x+b-a b’-a’ ax-1 2 a(X+1)
a). - = 1 b). + = 2
) a b ab = ) x—1 x+1 x*-1 (2)
Lo giai
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7 Bai 3. Tim m dé phwong trinh sau v nghiém.
a). (M* —m)x = 2x+m* -1 b). m*(x—m)=x-3m+2

I~ Bai 4. Tim diéu kién cia a,b d€ phwong trinh sau c6 nghiém .

2x—a_b: 2x—b

a). a(bx—a+2)=(a+b-1)x+1 b). —-a (a,b=0)

4.Cau héi tric nghiém.

C4au 1. Tim tit ca cac gia tri thwc ciia tham s6 m dé phwong trinh (m2 - 4) X =3m+6 vO nghiém.
A.m=1 B. m=2. C. m=42, D. m=-2.
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C4u 2. Tim tit ca cac gia tri thwc cia tham s6 m dé phwong trinh mx—m=0 v nghiém.
A med. B. m={0}. C. meR", D. meR.

Cau 3. Tim gia tri thuc cia tham s m dé phwong trinh (m2 —5m+ 6) X =m?—2m vo6 nghiém.
A.m=1 B. m=2. C. m=3. D. m=6.

C4u 4. Cho phuong trinh (m +1)2 X+1=(7m-5)x+m. Tim tit ca cac gia tri thuc ctia tham s6 m

dé phwong trinh da cho vo nghiém.
A.m=1 B.m=2; m=3. C.m=2 D. m=3.

Céu 5. Cho hai ham s8 y=(m+1)x*+3m?x+m va y=(m+1)x*+12x+2. Tim tit ca cac gia tri

clia tham s6 m dé& do thi hai ham s6 da cho khong cat nhau.
A.m=2. B. m=-2. C. m=+2. D. m=1.

Céu 6. Tim t4t ca cac gia tri thuc ctia tham s6 m dé€ phwong trinh (2m—4)x=m-2 c6 nghiém

duy nhit.
A.m=-1. B. m=2. C. m=-1. D. m=2.
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C4u 7. C6 bao nhiéu gia tri nguyén cua tham s6 m thudc doan [—10;10] dé phwong trinh
(m2 —~ 9) x=3m(m—3) c6 nghiém duy nhét ?
A. 2. B. 19. C. 20. D. 21.

Cau 8. Goi S la tap hop tat ca cac gia tri nguyén ctia tham s6 m thudc doan [-5;10] dé phuong
trinh (m+1)x = (3m2 —1) X+m-—1 c6 nghiém duy nhat. Téng cac phan ti trong S bang:
A. 15. B. 16. C. 39. D. 40.

C4u 9. Tim tit ca cac gia tri thwc cia tham s6 m dé phwong trinh (m2 + m) Xx=m+1 c6 nghiém

duy nhat x=1.
A.m=-1. B. m=0. C. m=-1. D. m=1.

Céu 10. Cho hai ham s8 y =(m +l)2 Xx—2 va y=(3m+7)x+m. Tim tét ca cac gia tri cia tham s&

m dé do thi hai ham s6 da cho cit nhau.
A m=-2. B. m=-3. C.m=-2;m=3. D.m=-2,m=3.

Cau 11. Tim tat ca cac gia tri thyc cia tham s6 m dé phwong trinh (m2 —l)x =m-1 c6 nghiém

ding v&i moi X thudc R.
A m=1 B. m=41. C.m=-1 D. m=0.
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Cau 12. Cho phwong trinh m*x+6 =4x+3m. Tim t4t ca cac gid tri thwc ctia tham s6 m dé
phwong trinh da cho cé nghiém.
A m=2. B. m= -2, Cmzx—2vam=#2. D.meR

Cau 13. Cho phwong trinh (m2 —3m+2)x+ m® +4m+5=0. Tim tit ca cac gia tri thwc cia tham

s6 m dé phwong trinh da cho c6 nghiém dung véi moi X thudc R.
A m=-2 B. m=-5. C. m=1. D. Khong ton tai.

Cau 14. Cho phuwong trinh (m2 —2m)x =m®—3m+2. Tim t4t ca cac gia tri thuc clia tham s6 m

dé phwong trinh da cho c6 nghiém.
A. m=0. B.m=2. C.m=0; m=2. D. m=0.

Céu 15. Cho hai ham s§ y=(m+1)x+1va y= (3m2 —1)x+ m. Tim t4t ca cac gia tri ctia tham s6

m dé d6 thi hai ham sé da cho trung nhau.

A.mzl;m:—g. B. m#1va m;t—g. C. m=1. D.m:—z.
3 3 3

DANG TOAN 2: GIAI VA BIEN LUAN PH’ONG TRINH DANG ax® +bx+c =0.

3q Ldp Todn Thiy-Diép Tudn Tel: 0935.660.880 |



I Trung Tim Luyén Thi Dai Hoc Amsterdam Chwong III-Phwong trinh va Hé Phwong Trinh I

‘ 1.Phwong phap.

Dé giai va bién luan phwong trinh dang ax’ +bx+c=0 ta lam theo nhw cic buéc da néu &
trén.

+» Néu a=0 : tr¢ vé gidi va bién ludn phwong trinh dang (1)

* Néua=0:A=b*-4ac

—b+A

2a

O Trwong hop 1: A >0 phwong trinh c6 hai nghiém phan biét x =
N

@ Truong hop 2: A=0 phwong trinh c6 nghiém kép 2a

® Trwong hop 3: A<0 phuwong trinh v nghiém.

2. Bai tap minh hoa.

[0 Bai tip 4. Giai va bién luin phuwong trinh sau v6i a,b 1athams§ ax*-2(a+b)x+a+2b=0

Loi giai

[ Bai tip 5. Tim m dé phwong trinh mx® +x+m+1=0
a). C6 nghiém kép.
b). C6 hai nghiém phan biét.
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3.Bai tap luyén tip

7~ Bai 5. Tim m dé phwong trinh x* —3mx+(2m*~m-1) =0 c6 nghiém kép tim nghiém kép d6
Loi giai

’~ Bai 6. Cho phwong trinh: mx* —2mx+m+1=0
a). Giai phwong trinh da cho khi m=-2.
b). Tim m d€ phwong trinh da cho c6 nghiém

Loi giai
~ Bai 7. Giai va bién luan phwong trinh
a). (M-2)x*-2(m+1)x+m-5=0 b). (M-2)x* —(2m-1)x+m+2=0
Loi gidi
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[/~ Bai 8. Tuy thudc vao gia tri ctia tham s m, hay tim hoanh do giao diém cia dwong thing
d: y=2x+m vaParabol (P): y=(m-1)x*+2mx+3m-1.

4.Cau héi tric nghiém

Céu 16. Cho hai ham s6 y =(m+1)x+1 va y=(3m’—1)x+m. Tim tit ca c4c gi4 tri ctia tham s8

m dé do thi hai ham s6 da cho trung nhau.

A.m=1;m=—g. B. m#1va m;t—g. C. m=1. D.m=—g.
3 3 3
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Cau 17. Phwong trinh ax’ +bx+c¢ =0 c6 nghiém duy nhat khi va chi khi:
a0 _ _ |a=0
A a=0. B. hoac .
A= b=0
a=0
C.a=b=c=0. D. :
A=0

Ciu 18.S6 -1 la nghiém cta phwong trinh nao trong cac phwong trinh sau?
A xX*+4x+2=0. B. 2x° —5x—7=0. C. -3x*+5x-2=0. D.x*-1=0.
Lo giai.

Cau 19. Nghiém ctia phwong trinh x* —7x+12=0 c6 thé xem 13 hoanh do giao diém ctia hai do
thi ham s6 nao sau day?
A y=x"vay=-7x+12. B.y=x*va y=-7x-12.

C.y=x"vay=7x+12. D.y=x"vay=7x-12.

Céu 20. C6 bao nhiéu gia tri nguyén cta tham s§ thwc m thudc doan [-10;10] d€ phuong trinh

x* —x+m=0 vb nghiém?
A. 9. B. 10. C. 20. D. 21.
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A.m<-2. B. m<—2. C. m>2. D. m>2.

Cau 22. S8 nguyén k nho nhat théa man phwong trinh 2x(kx—4)—x*+6=0 v6 nghiém la?
A k=-1. B. k =1. C. k=2 D. k =3.

Cau 23. Phwong trinh (m—2)x*+2x—1=0 c6 nghiém kép khi:
A m=1 m=2 B. m=1. C.m=2. D. m=-1.

Cau 24. Phwong trinh mx? +6 = 4x+3m c6 nghiém duy nhat khi:
A med. B. m=0. C. meR D. m=0.
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Céu 25. Phuong trinh mx* —2(m+1)x+m+1=0 c6 nghiém duy nh4t khi:
A. m=0. B.m=-1 C.m=0; m=-1. D. m=1.

A.m=-1. B.m=—1;m:—§ C.m=—§. D.m=§.
7 7 7
Loi giai.

Cau 27. Phwong trinh 2(X2 —1) = x(mx+1) c6 nghiém duy nhat khi:

A.m:%. B. m=2. C.m:2;m:g. D. m=-1.

C4u 28. Goi S 1a tip hop tat ca cac gia tri thuc cia tham s6 m dé phwong trinh
(m-2)x*—2x+1-2m=0 c6 nghiém duy nhét. Téng cda cic phin t& trong S bang:

A2 B.3 cl. D.2.
2 2 2
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Cau 29. Phwong trinh (m-1)x* +6x—1=0 c6 hai nghiém phan biét khi:

A. m>-8. B.m>—%. C. m>-8 m=1. D.m>—%;m¢1.

Céu 30. C6 bao nhiéu gia tri nguyén ctia tham s§ thuc m thudc doan [-5;5] dé phuwong trinh
mx® —2(m+2)x+m—1=0 c6 hai nghiém phan biét.
A. 5. B. 6. C. 9. D. 10.

Cau 31. Phwong trinh (m2 + 2) x> +(m—-2)x—-3=0 c6 hai nghiém phén biét khi:
A.O<m<2. B. m>2. C.melR. D. m<2.

Cau 32. Tim gia tri thwc cia tham s6 m dé€ dwong thiang d:y=2x+m tiép xuc véi parabol
(P):y=(m-1)x*+2mx+3m-1.
A.m=1. B. m=-1. C. m=0. D. m=2.
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A. m>0. B. m<O. C. m<0. D. m>0.

Céu 34. Goi S 12 tap hop tat ca cac gia tri nguyén ciia tham s6 m thudc [-20;20] dé phwong

trinh x* —2mx+144 =0 c6 nghiém. Téng ctia cAc phan tir trong S bang:
A 21. B. 18. C. 1 D. 0.

Cau 35. Tim tit ca cac gia tri thuc ctia tham s6 m dé& hai dd thi ham s6 y=-x"-2x+3 va

y =X*—m c6 diém chung.

A.m:—z. B.m<—z. C.m>—z. D.mz-z.
2 2 2 2

A.mz-i B.mS—E. C.mz—E. D m=E
4 4 4
Loi giai.
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Ciu 37. C6 bao nhiéu gia tri nguyén ctia tham s6 m thudc doan [—10;10] dé phwong trinh

mx® —mx+1=0 cé nghiém.
A. 17. B. 18. C. 20. D. 21.

Cau 38. Biét ring phwong trinh X* —4x+m+1=0 c6 mot nghiém bang 3. Nghiém con lai cla
phwong trinh bang:
A 1. B. 1. C. 2. D. 4.

Céu 39. Tim t4t ca cac gia tri thuc cia tham s6 m dé phwong trinh 3x* —(m+2)x+m-1=0 c6

mot nghiém gip do6i nghiém con lai.
A - me E;7 . B. me —2;—1 . C.me O;g . D.me —E;l .
2 2 5 4
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Cau 40. Tim tdt ca cac gid tri thuc ctia tham s§ m dé phwong trinh 3x* —2(m+1)x+3m-5=0 c6

mot nghiém gip ba nghiém con lai.
A m=7. B. m=3. C.m=3 m=7. D. me.

Cau 41. Tim tit ca cic gia tri thwc ctia tham s6 m dé phuong trinh (X—l)(x2 —4mx—4) =0 ba
nghiém phan biét.

A.meR. B. m=0. C. m=—. D.m#——.
4 4

DANG TOAN 3: MOT SO NG DUNG CUA PINH LY VI-ET.
Loai 1: Nhdm nghiém phwong trinh bic hai, phan tich thanh nhan tir.
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[ Bai tap 6. Cho phwong trinh 2x* —mx+5=0. Biét phwong trinh c6 mdt nghiém 1a 2. Tim m
va tim nghiém con lai

L1 Bai tdp 7. Phin tich da thirc sau thanh nhan t&
a). f(x)=3x*-14x+8 b). g(x) =—x*+5x* -4
c). P(x;y) =6x* —11xy +3y?. d). Q(X;y) =2x* —2y® —3xy + x-2y.
Loi gidi
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an x.

Loai 2: Bai todn lién quan dén biéu thirc ddi xirng hai nghiém X, X, cia phwong trinh bic hai.

1 Bai tip 9. Cho phwong trinh x*—2(m+1)x+m’+2=0 véi mla tham s6. Tim m dé phwong
trinh c6 hai nghiém X;; X, sao cho

). X +X5 =2%% (X +X,)

b). [x! —x;|=16m’ +64m

©). A=xX,—2(x +X,)—6 datgia tri nhé nhit

d). B=,/2(x?+x})+16~3xx, dat gi4 tri 16n nhat

Loi giai
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[ Bai tap 10. Cho phwong trinh x> —mx+m—-1=0 v&i m 1a tham s6.
a). Chirng minh rang phwong trinh lu6n c6 nghiém véi moi m
b). Goi X, X, 1a hai nghiém ctia phwong trinh. Tim hé thitrc lién hé gitta X, X, khong phu
thudc vao m
2% X, +3
X2+ X2 +2(XX, +1)

¢). Tim gia tri nhé nhat va 1é6n nhit cua biéu thirc A=
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2m+1

ta lam nhw sau

Chui y: D€ tim gia tri 1én nhat, gid tri nho nhat cda biéu thirc A=

3. Bai tdp luyén tap.
= Bai 9. Phan tich da thirc sau thanh nhan ti
a). f(x)=2x*-5x+3 b). g(x) = 2x* -14x* -36
©). P(x;y) =3x" —5xy —2y?. d). Q(x;y) = x> —2y* —xy -3y -1,

~Bai 10. Phan tich da thire f(x)=2x>+(m+1)x*+2mx+m?+m (bién x v6itham s6 m) thanh

tich mot da thirc bic hai va mot bac nhit.
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~Bai11. Cho phwong trinh x*—2(m-1)x+m?—-3=0 v&i mla tham s8.
Tim m dé phwong trinh cé hai nghiém X;; X, sao cho

a). X, +X, =2XX,

b). A=2(x} +x;)-xx, dat gi tri 16n nhat

X 7
¢). B=——2% __ dat gi4 tri nhé nhat
X+ X = %X
Loi gidi

4. Cau héi trac nghiém.

Céu 42. Phuong trinh ax” +bx+c=0 (a#0) c6 hai nghiém phan biét cing d4u khi va chi khi:
A>0 A=0 A>0 A>0
A. : B. . C. . D. :
P>0 P>0 S>0 S<0
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Céu 43. Phuong trinh ax”* +bx+c=0 (a#0) c6 hai nghiém 4m phén biét khi va chi khi:

A>0 A>0
A>0 A>0
A. . B.{P>0. C.{P>0. D. .
P>0 S>0
S>0 S<0

Céu 44. Phuong trinh ax* +bx+c=0 (a=0) c6 hai nghiém dwong phan biét khi va chi khi:
A>0 A>0
A>0 A>0
A. : B.{P>0. C.<P>0. D. :
P>0 S>0
S>0 S<0
Lo gial,

Cau 45. Phuwong trinh ax®* +bx+c=0 (a = O) c6 hai nghiém trai du khi va chi khi:

A>0 A>0
A. . B. . C. P<O. D. P>0.
S<0 S>0
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A. m<-2. B. m> 2. C. m>-2. D. m=0.

C4u 47. C6 bao nhiéu gia tri nguyén ctia tham s6 m thudc [-5;5] d& phwong trinh

X* +4mx+m? =0 c6 hai nghiém am phan biét?
A. 5. B. 6. C. 10. D.11.

Cau 48. Tap hop tit ca cac gia tri thwc ctia tham s6 m dé phwong trinh mx* +x+m=0 c6 hai
nghiém am phan biét la:

A.me(—l;oj. B.me[—l;lj. C. me(0;2). D. me 0;1 .
2 2 2 2

Céu 49. Goi S 1a tap tAt ca cac gia tri nguyén ctia tham s6 m thudc doan [-2;6] d& phwong trinh

X* +4mx+m’ =0 c6 hai nghiém dwong phan biét. Téng cic phan tit trong S bang:
A. -3. B. 2. C. 18. D. 21.
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C4u 50. Tap hop tit ca cac gia tri thwc ctia tham s6 m dé phwong trinh
x> —2(m+1)x+m’-1=0 c6 hai nghiém dwong phén biét la:

A me(-1;1). B.me(1; +»). C.me(—%;+ooj. D. me(—o; 1)

A. m>1. B. m<1. C. m>1. D. m<1.

Céu 52. Gia sit phwong trinh x* —(2m+1)x+m’+2=0 (m 1a tham s&) c6 hai nghiém la X, X,.
Tinh gia tri biéu thirc P =3xx, —5(x +X,) theo m.

A. P =3m*-10m+6. B. P=3m’ +10m-5.

C. P=3m"-10m+1. D. P=3m’ +10m+1.
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Cau 53. Gia st phwong trinh x* —3x-m=0 (m 1a tham s6) c6 hai nghiém 1a X, X,. Tinh gia tri
biéu thirc P =x(1-X,)+X; (1-X ) theo m.
A. P=—m+9. B. P=5m+9. C. P=m+09. D. P=-5m+09.

Cau 54. Gid st phwong trinh 2x* —4ax—1=0 c6 hai nghiém X, X,. Tinh gia tri cia biéu thtc
T =|x—X,|.

2
oo SR B.T =42’ + 2. C.T=

C4u 55. Cho phwong trinh X°+ px+q=0 trong d6 p>0, q>0. N&u hiéu cic nghiém cta
phwong trinh bang 1.Khi d6 p bang

A. J4q+1. B. \J4q-1. C. —\/4q+1. D. g+1.
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Céu 56. Goi X, X, 13 hai nghiém cta phwong trinh x* —(2m+1)x+m’+1=0 (m la tham sg).

Tim gia tri nguyén ciia m sao cho biéu thirc P = XX c6 gia tri nguyén.
2
A m=-2. B.m=-1. C. m=1 D. m=2.

Cau 57. Goi X, X, 12 hai nghiém cta phwong trinh x*—2(m+1)x+m*+2=0 (m la tham sd).
Tim m dé biéu thirc P =xx, —2(X +X,)—6 dat gia tri nho nhit.

A m=—. B. m=1. C. m=2. D. m=-12.
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Cau 58. Goi X;, X, 1a hai nghiém ctia phwong trinh 2x* +2mx+m?—-2=0 (m 1a tham s6). Tim gia
tri 1én nhét P, cta biéu thitc P =|2xx, + X, +X, —4|.

A X +ax+b=0  B.P, =2 C. P =2 D. Py, ==

Cau 59. Goi X;, X, 1a hai nghiém ctia phwong trinh x* —2(m-1)x+2m?-3m+1=0 (m la tham

s6). Tim gié tri 16n nhét P, cta biéu thirc P =X, +X, +X,X,|.

AP -1 B.P_ -1 cp -2 D.p_ -2
2 8 16

Cau 60. Goi X, X, 1a hai nghiém ctia phwong trinh X* —mx+m—-1=0 (m 13 tham s6). Tim m dé
2%, X, +3

biéu thitc P =———
X, + X +2(XX, +1)

dat gia tri 1&n nhat.
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Am=1 B. m=1. C.m=2. D.m=2.
2 2
Lovi giai.

Cau 61. Goi X, X, 1a hai nghiém ctia phwong trinh x> —mx+m-1=0 (m 1a tham s8). Tim gia tri
nho nhat B cta biéu thirc P =— Exixz 3 .
Xy + %5 +2(%X, +1)
AP, =-2 B.P.. ——%. C.P,, =0 D. P, =1

DANG TOAN 4: Mt s6 bai toan lién quan dén nghiém ciia phwong trinh bic hai.

Bai toan 1: Tim diéu kién dé hai phuwong trinh bac hai ax®* +bx+c=0 va ax*+b'x+c¢' =0 c6
nghiém chung. Ching ta lam nhw sau:

1. Phuwong phap.

ax; +bx,+c=0

Buérc 1: Gia st hai phwong trinh c6 nghiém chungla X, thi . )
ax, +b'x,+c =0
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Giai hé tim dwoc X,,suy ra gia tri cia tham so
Budrc 2: Thé gia tri cia tham s6 tim dwoc vao hai phwong trinh dé kiém tra va két luan.

2. Bai tdp minh hoa.

[0 Bai tap 11. Tim t4t ca céc gid tri cla 2 dé hai phwong trinh x* +ax+1=0 va X’ +x+a=0 c6
nghiém chung

[ Bai tp 12. Tim tAt ca cAc gia tri cia m dé phwong trinh (X* —2mx+m—-1)(x* —3x+2m) =0 ¢6
bon nghiém phan biét
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Bai todn 2: Chitng minh trong céic phwong trinh bic hai c6 it nhiat m6t phwong trinh c6 nghiém

1.Phwong phap.
Dé giai quyét bai toan nay ching ta sé di chirng minh tdng cac biét thirc Delta la mét s6 khong
am.

2. Bai tap minh hoa.
1) Bai tip 13. Cho cac s6 dwong a,b,c théa man diéu kién a+ 2b+3c =1.Chirng minh rang co6 it
nhit mot trong hai phwong trinh sau c6 nghiém
4x* —4(2a+1)x+4a’ +192abc+1=0

4x* —4(2b+1)x+4b® +96abc +1=0

[0 Bai tp 14. Cho cac s6 a,b,c théa man diéu kién a+b+c=6.Ching minh rang cé it nhat
mot trong ba phwong trinh sau c6 nghiém

X’ +ax+1=0

X* +bx+1=0

x> +cx+1=0
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Bai to4n 3: Chirng minh bat ding thikc c6 chira cic hé sé ctia phwong trinh bac hai véi nghiém cta
noé cé diéu kién.

1.Phwong phap.

Dbé lam xuit hién diéu kién rang budc do6i véi hé s6 phwong trinh bac hai ta thwong dwa trén
Néu phwong trinh bac hai ax® +bx+¢=0 c6 nghiém thuc thi A>0<b’>4ac.
Str dung dinh li Viét va diéu kién nghiém cia dé bai da cho dé suy ra rang budc cia hé sé a,b,c

2.Bai tdp minh hoa.

[Q Bai tap 15.Cho phwong trinh x* —bx+c=0 ¢ hai nghiém thuc dwong X, , X, thoa man
X, + X, <1.Chrng minh rang:

2). ¢ s%. b). b(c+1)>5c.

[0 Bai tp 16.Cho phwrong trinh x* —bx+c=0c6 hai nghiém thuc dwong X, , X, thoa man
X, +X, =1

a). Chitng minh rang: b* - ZCZ%.

b). Tim gia tri Ié'n nhét cta biéu thire: P=2bc—b*-3b+1.

Lovi giai.

3. Bai tap luyén tap. |
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~Bai 12. Tim m dé hai phwong trinh sau c6 nghiém chung x* —2mx—-4m+1=0 (1) va
X’ +(3m+1)x+2m+1=0 (2).

[~ Bai 13. Chitng minh ring néu hai phwong trinh x*+ax+b=0 va x> +mx+n=0 c6 nghiém
chung thi (n—b)2 =(m-a)(an—bm).

[”~7 Bai 14. Cho a,b,c 1a cic s8 thwc khong dong thoi bang 0. Chirng minh rang trong ba phuong
trinh sau c6 it nhat mot phwong trinh c6 nghiém ax® +2bx+c=0 (1); bx*+2cx+a=0 (2);
cx? +2bx+b=0 (3).
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~7Bai 15.Cho phuwrong trinh X* +bx+c=0c6 hai nghiém thwc dwong X, , X, thod man X, X, >1.
a). Chirtng minh ring: b>>4.
3b*—4c+b+2

b). Tim gia tri nho nhit cta biéu thic: P= ol
+

I~ Bai 16. Gia st phwong trinh bac hai ax* +bx+c¢ =0 c6 hai nghiém thudc [0;3]. Tim gia tri 16m

2 2
nhat va gia tri nho nhat cda biéu thirc: Q = 18a2 9ab+b
9a” —3ab+ac
Lo giai.
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/~Bai 17. Cho phwong trinh bac hai ax’ —x+¢=0 c6 hai nghiém thuc dwong X, X, thoa
a’-c

man X, +X, <1.Tim gia tri nhé nhat cta biéu thirc P=———.
a‘c-a

Cau héi trac nghiém.

Cau 62. Néu m=0 va n= 0 1a cac nghiém ctia phwong trinh X* +mx+n=0 thi téng m+n bang:

A. —1. B. -1. C. 1 D. 1.
2 2

Ciu 63. Gia si cic nghiém cia phwong trinh X°+ px+q=0 1a lap phwong cic nghiém cta
phwong trinh x* + mx+n=0.Ménh dé nao sau day ding?

3
A p+q=m’. B. p=m’+3mn. C. p=m®-3mn. D. (mj L
q
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Cau 64. Cho hai phwong trinh x> —2mx+1=0 va x* —2x+m=0. C6 hai gia tri cia m dé phwong
trinh nay c6 mdt nghiém la nghich dao cia mot nghiém cta phwong trinh kia. Tinh tong S cua
hai gia tri m do.

A.S:—§. B. S=1. C.S=—E. D.S:E.
4 4 4

Cau 65. Cho hai phwong trinh X* —mx+2=0 va x*+2x—m=0. C6 bao nhiéu gia tri cia m dé
mot nghiém ctia phwong trinh nay va mét nghiém ctia phwong trinh kia c6 tong la 3?
A. 0. B. 1. C. 2. D. 3.

C4iu 66. Cho a, b, ¢, d 1a cac s6 thuc khac 0. Biét ¢ va d 1a hai nghiém ctia phwong trinh
x*+ax+b=0 va a, b 1a hai nghiém ctia phwong trinh x*+cx+d =0. Tinh gi4 tri cia biéu thirc
S=a+b+c+d.

A.S=-2 B. S=0. o= . D.S=2.
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SBAI3. MOT SO PHUONG TRINH QUY Vi BAC NHAT VA BAC HAI

A-LY THUYET

1. Phwong trinh chita 4n trong d4u gié tri tuyét doi.
bé giadi phwong trinh chira in trong diu gia tri tuyét doi ta dung cac cach sau khir dau gia tri
tuyét doi.

f()=9(x)
f(x)>0

-f(x)=9(x)
f(x)<0

® binh nghia cta gia tri tuyét ddi || (x)|=g(x) <

g(x) >0

f2(x)=9*(x)

g(x)>0

® Hodc dung tinh chit ctia GTTD || (X)|=g(x) < <[ f(x)=g(X)
L(X) =-09(x)

@ Hodc binh phwong hai vé& [f(¥)|=09(x) = {

Vi du 1. Gidi phwong trinh [x—3/=2x+1. (3)

2. Phwong trinh chira 4n dwéi d4u cin
Dé giai cAc phwong trinh chira 4n dwdi ddu cin bic hai, ta thwdng binh phwong hai vé dé dwa vé
mot phwong trinh hé qua khong chira 4n dwdi diu can.
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Wzg(x)@{f(x):[g(x)]z

g(x)>0
Vi du 2. Gidi phwong trinh V2x-3=x-2. (4)
Lo gidi

B-PHAN DANG VA BAI TAP MINH HOA.
DANG TOAN 1. Phwong tinh chita 4n trong gia tri tuyét d6i.

1.Phwong phap
bé gidi phwong trinh chira 4n trong diu gia tri tuyét d6i(GTTD) ta tim cach dé khir ddu GTTD,
bang cach:

f(x)=9(x)
7 f(x)20
Phwong phép 1. Dung dinh nghia cia GTTD | f (X)| = g(x) <
-f(x)=9(x)
f(x) <0
g(x)=0
Phwong phép 2. Dung tinh chdt cia GTTD | f (X)|=g(x) & { f(x)=g(x)
f(x)=-9(x)
Nhin xét:
& Néu da thirc f (), g(X)c6 bac qué 16m (tir bac hai tré 1én) thi ta dung dinh nghia hoic tinh
chat.
@ Néu phwong trinh khong cé dang co ban.
g(x)=0

Phwong phép 3. Binh phwong hai vé |f (x)| = g(x) < { ) )
F2(x)=9"(x)
Nhan xét:
@ Néu da thirc f (x),g(X) c6 bac mét thi ta dung phwong phap binh phwong hai vé
Phwong phap 4. bat an phu.
Nhan xét:
@ C6 nhiéu da thirc chira tri tuyét doi giong nhau thi ta dung phwong phéap dat an phu.

& Pt biét phwong trinh dang | f (X)| =|g(x)| ta c6 thé giai bing cach bién ddi twong dwong
f(x)=9(x)
hodc | f (x)[=[]g()| = f*(x) = g*(x)
f(x)=-9(x) [0l=lg0|

[T C0l+e (x)|=

nhuw sau |f ()| =]g(X)| c{

~ \ 7 A - A N C' A A rd 7 . 7
@ Néu phwong trinh chira nhiéu tri tuyét doi thi ta lap bang xét dau, xét

nhiéu khoang.
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2.Bai tap minh hoa.

LQBai tip1. Gidi cac phwong trinh sau
a). |2x+1 =|x* -3x—4|. b). [3x -2/ =3-2x

©). [x? —4x 5| = 4x-17 d). [2x—5|+[2x? = 7x+5|=0

L1 Bai tip 2: Giai cdc phwong trinh sau.
a). (x+1)° ~3lx+1+2=0 b). 4x(x—1)=|2x-1+1
2
c). X2+L2+1=2X+7 ﬂ‘ d). X’ —x|+[2x-4|=3 (%)
(x—1) x-1
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L1 Bai tip 3. Giai va bién luan cac phwong trinh sau
a). [mx+2m|=|mx+x+1 (*) b). Imx+2x -1 =[x -1 (**)
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Loi gidi

Loi gidi
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3.Bai tap luyén tap.

F~Bai 1. Giai cac phwong trinh sau
a). [3x—2|=x* +2x+3 b). |x* —1|=|x* -3x+2| o). ‘xz—l‘+|x|=1

d). |x+1+|x-1| =1+[1- x| e). [3—2x|—|x|=5(|2+3x|+ x-2).

Loi giai

F~Bai 2. Giai cac phwong trinh sau

a). (2x-1)" -3|2x-1-4=0 b). =
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/~Bai 3. Cho phwrong trinh X* —2x— 2|X—1| +m+3=0
a). Gidi phwong trinh khi m=-2
b). Tim m dé phwong trinh sau c6 nghiém
Loi giai

F~Bai 4. Giai va bién luan cac phwong trinh sau
a). [mx+2m| = |x+1] b). Imx +2x| =|mx -1
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4.Cau héi tric nghiém.

Cau 1. T4p nghiém S ciia phwong trinh [3x—2| =3-2x la:
A S={-11}. B. S ={-1}. C.s={1. D. S = {0}.

A.0. B.1. C. 2. D. V6 s0.

A. sz{g}. B.S=0. C. S={—2;§}. D. S ={-2}.

Cau 4. Tong cac nghiém ctia phwong trinh [x* + 5% + 4| = X+ 4 bang:

A -12. B. 6. C. 6. D. 12.
Loi gii.
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Céu 5. Goi X, X, (X, <X, ) 1a hai nghiém ctia phwong trinh |x* —4x—5|=4x—17. Tinh gia tri biéu
thirc P = X2 +X,.
A. P=16. B. P =58. C. P=28. D. P=22.

A. S:{g;z}. B.Sz{—g;z}. C.S:{—Z;—g}. D.S:{—Z;E}.
2 4 2 4 4 2 4 2

C4u 7. Tong cac nghiém cia phwong trinh |x + 2| = 2|x - 2| bang:

A.l. B.g. C. 6. D.g.
2 3 3

Loi gii.
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A. 6. B. > C. Z D. 3
2 2 2

A. 0. B. 1. C. 2. D. 4.
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A. 0. B.1. C. 2. D. —2.

Cau 13. V&i gid tri ndo cia a thi phwong trinh 3|x|+2ax =-1 ¢6 nghiém duy nh4t?

A.a>§. B.a<—. C.a¢§/\a¢_—3. D.a<_—3va>§.
2 2 2 2 2 2

Cau 14. Tim gi4 tri thuc ctia tham s6 m d& phwong trinh |X|+1=x*+m c6 nghiém duy nhat.
Am=0. B.m=1. ==l D.Kh6ng c6 m.
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Cau 15. C6 bao nhiéu gia tri nguyén ctia tham s6 m thudc doan [—5; 5] dé phwong trinh

|mx+2x—1| =|x—1] c6 dung hai nghiém phan biét?
A. 8. B. 9. C. 10. D. 11.

DANG TOAN 2: PHUONG TRINH CHU'A AN O MAU

1.Phwong phap.

Dé giai phwong trinh chita 4n & mau ta thwong

+ Quy ddng mau s6 (chu y can dat diéu kién mau s6 khac khong).
+ Dat an phu.

2.Bai tap minh hoa.
L1 Bai tip 5. Giai cac phwong trinh sau

2x+1  x+1 b). 1+ 2 10 S0
T3x+2 x-2 T x=2 x+3 (2-Xx)(x+3)’
0 X+3  4x-2 d) x+1+x—l_2x+1

T (x+1)?  (2x-1?%’ T X+2 x-2 x+1
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L1} Bai tap 6. Giai cac phwong trinh sau
4 3 2 1
a). + = + :
2x+1 2x+2 2x+3 2x+4
1 1 1 3
b = = = =
X“+5x+4 X" +11x+28 Xx°+17x+70 4x-2
c).1+ 4 5= 52
E
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LOBai tip 7. Giai va bién luan phwong trinh sau véi m 1a tham so.
X—m X2 +mx + 2
a). —=2(1 b)), ———=1(2
)22 () ) I @)
2 3X+mx+2
0. XE™*2 ot (3) d). M:m (4)
3-x |x+1|
Loi gidi
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L1 Bai tip 8. Tim diéu kién cta tham s6 a va b dé phwong trinh
a b a’-b’ .
@)

Xx—a X-b X —(a+b)x+ab
a). C6 nghiém duy nhét. b). C6 nghiém

3.Bai tdp luyén tap.

F—7Bai 5. Giai cac phwong trinh sau:
13 1 6
a). —; + =—
2X°+Xx—-21 2x+7 x°-9
4 1 1 4
S~ 2 + =2 52
2X°+3x°—8x—-12 2x+3 X" —4 2X°+7x+6

X+1 x—-2 x-3 x+4
Xx—=1 x+2 x+3 x-4

75 | Lép Todn Thiy-Diép Tuin Tel: 0935.660.880 |



IT rung Tam Luyén Thi Dai Hoc Amsterdam Chwrong IlI-Phwrong trinh va Hé Phuong T rinbl

~7Bai 6. Gidi phwong trinh
4 2
a). — 2X + 213X =6 b).#=3 c).iz+%:15
3X°—5x+2 3X“+Xx+2 X*+X° =X X° (x+1)
Loi gidi

~Bai 7. Gidi phwong trinh

2) (X+1J2+X+1_12(X_2j2 b 2(X+1)+ 13(x +1)
"(x-2) x-3 X—3 T324+X 3X2+TX+6
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Loi gidi

~Bai 9. Tim diéu kién a,b dé phwong trinh ib + b =2 c6 hai nghiém phan biét.
X—b x-a

Loi gidi
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4.Cau héi tric nghiém.
Cau 16. Tap nghiém S cta phwong trinh 2X+i:L = 3—X1 la:
x-1 x-
3 3
A S= l,E : B. S ={1}. C.S= ik D. S=R\{1}.

Cau 17. Tap nghiém ctia phwong trinh X -5x___ 4 1a:
e ' Jx=2  x=2
A S={14}. B. S ={1}. C.S=04. D. S ={4}.
Lo giai.
2 —
Cau 18. Phwong trinh 2"2—;0" — X—3 ¢6 bao nhiéu nghiém?
X® —5x
A. 0. B.1. C. 2. D. 3.
Lo giai.
A : \ W . 10 50 A a5 :
Cau 19. Goi X, la nghiém cua phwong trinh 1- = — . Ménh dé nao sau day
Xx—2 x+3 (2-x)(x+3)
dung?
A. x, €(-5-3). B. X, [-3;—1]. C. X, €(-14). D. X, €[4;+x).
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(m*+1)x-1
Cau 20. Tap nghiém S ctia phwong trinh T 1 trong tredng hop m=0 la:
X+
A.S={mt1}. B.S=0 C.S=R. D.S:{%}.
m m
Loi giai.
(2m* +3)x+6m
Cau 21. Tap nghiém S ctia phwong trinh =3 khi m=#0 la:
X
AS-0 B.sz{_i}. CS-R D. S=R\{0}
m
Lo giai.
2
C4u 22. C6 bao nhiéu gia tri cia tham s6 m dé phwong trinh w =1 v6 nghiém?

A. 0. B. 1. C. 2. D. 3.
Loi giai.
A o 2mx-1 e i
Cau 23. Phwong trinh 1 =3 c6 nghiém duy nhat khi:
X+
A.m¢§. B. m=0. C. m=0 va m;tg. D.m;t—ivé m¢§.
2 2 2 2
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Ciu 24. Goi S 1a tip hop cac gia tri nguyén ctia tham s6 m thudc doan [—3; 5] dé phwong trinh
X-m x-2

=—— c6 nghiém. Téng cac phan ti trong tdp S bang:
x+1 x-1
A -1 B. 8. C. 9. D. 10.

Cau 25. C6 bao nhiéu gia tri nguyén cta tham s6 m thudc doan [1; 20] dé phwong trinh
X+1 m X+3
+ =
X—=2 4-x° x+2
A. 4. B. 18. C. 19. D. 20.

c6 nghiém.

DANG TOAN 3: PHWONG TRINH CHUYA AN TRONG CAN BAC HAL
1.Phwong phap.

D€ gidi phwong trinh chitra 4n dwéi diu cin ta tim cach dé khir ddu can, bang cach:

S (0 =g(x)
@ Nang luf thira hai vé |/ f (x) =4/9(X) & { f(x)>0 (hay g(x)>0)

f(x)=[g()]

700 = a0 o | 100=[900]
g(x)=0

@ Phan tich thanh tich.

® bit 4n phu.

2.Bai tap minh hoa.

Loai 1: Binh phwong hai vé clia phwong trinh.

L1 Bai tip 9. Giai cic phwong trinh sau

a). VX°+2x+4 =+/2—x b). x—~/2x—5=4
€). V/x—2-3x? -4 =0 d). Vx+4—y1-x =+1-2x
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L1} Bai tap 10. Giai cic phwong trinh sau

a). X =1/v3x*+1-1 b). V2x—-1+x*-3x+1=0
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Loi giai

Loai 2: Phén tich thanh tich bang cidch nhan lién hop.

1.Phuwong phap

Dé truc cin thirc ta nhan véi cac dai lwong lién hop;

(VA-B)(YA+vB) a_s
VAR E A
%_%:(%-%)(Sﬁ)mmz(%)): e

(VA) + YAYB +(¥B) (VA) + ¥AYB +(VB)

V&i A, B khong dong thoi bang khong.

‘ 2. Bai tap minh hoa. |
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L1 Bai tip 12. Giai cdc phwong trinh sau

a). V2X+1-/x-2=x+3 b). (Xx+3)vV2x* +1=x"+x+3

2(x-1)°
c).(x—)2=x+20 d). V3x—2+Yx =2
(3—\/7+2x)
e). 3YX +/x2 +8 =\X* +15+2 ). Bx+DVx*+3=3x>+2x+3
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Loai 3: D4t 4n phu

1.Phwong phap.
Phwong trinh c6 dang Pit 4n phu
® Jax+Db,x, x2,... t=+Jax+b,t>0
@ vax® +bx+c,ax® +bx,... t=+ax*+bx+c,t >0
® Yax+b,ax+b,... t=3ax+b

VIC)EJI(X) £ (x)+g(x)=C
©) ; = /f(x +./9 (X
JF(X)4/a(x) t=yf ()=o)

A A’ e,
N ICAARIC R ey
® g/t (x).4/f (%) t=3/f(x) véi s=BCNN (m;n)

2.Bai tap minh hoa.
L1 Bai tip 13. Giai cdc phwong trinh sau

2
a). X2 +/x* +11=31 b). (x+5)(2—X) = 3vx? +3x 0. XXt o %
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L1 Bai tip 14. Giai cdc phwong trinh sau
a). VAX—1+4x* —6x+1=0 b). V3X° —2X+9+/3X° —2X+2 =7
1 1 2x% +8x+1
€) 3VX+8=9x+—+— d). ———————=5x
) 3Vx X ) =g o
Lo giai
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Nhan xét:

Phuong trinh ¢6 chra af (x)+ thi ta dat 4n phu la

1

t=af (x)* o7 ()

~Bai tap 15. Giai cac phwong trinh sau

a). \/x—\/xz—l +\/x+ xX*-1=2. b). 3X* + 21X +18+ 2/ X* + TX+7 = 2.
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~Bai tap 16. Giai cac phwong trinh sau

a). 2x* —6x—-1=+/4x+5. b). X++/5++/x-1=6.

[ Bai tip 17. Tim m dé€ phwong trinh sau c¢é nghiém

a). (2x-1)" +m =~/ —x+1 (1) b). 3VX—1+my/x+1=2%x?-1 (2)
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Lwu y: Khi giai bai toan bang cach dit 4n phu, d6i v&i loai toan khong chiva tham s§ thi ¢6 thé
khong néu diéu kién(hodc diéu kién "long") cia 4n phu vi sau khi tim dwgc nghiém an phu roi
chiing ta phai thay lai dé gidi. Nhwng vé&i bai todn chira tham sé thi ching ta cdn phdi néu diéu
kién "chit" d6i véi dn phu.

3.CAu héi tric nghiém.
C4u 26. Tap nghiém S cta phwong trinh v2x—-3 =x-3 la:
A S={6;2}. B. S ={2}. C. S ={6}. D.S=0.

Cau 27. Tap nghiém S cta phwong trinh Vx> —4 =x-2 la:
A S={0;2}. B. S ={2}. C. S={0}. D.S=0.
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A.0. B.1. C. 2. D.3.

X? —4x—2 .
Ciu 29. Phwong trinh ———— =+/Xx—2 c¢6 tit ca bao nhiéu nghiém?
Vx-2 8
Al. B.2. C. 3. D. 5.

Cau 30. Phwong trinh v2— X + ﬁ =2 c6 tit ca bao nhiéu nghiém?
— X+

A.0. B.1. C. 2. D. 3.
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2 \? 2
A z A oz ac Bm A» o S X 2X 2
Cau 31. C6 bao nhiéu gia tri nguyén cuia tham s6 m dé phwong trinh ( ] + +m=0 co

ding bén nghiém?
A.Q. B.1. C 2. D. V0 so.

Cau 32. Tim tat ca cac gia tri thyc cia tham s6 m dé phwong trinh (Xz + —2] - Zm(x +£j +1=0
X

c6 nghiém.
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A N ~ 2 7 7 - 2 ~ ~ Y 4
Cau 33. Tim t4t ca cac gia tri thwc cda tham s6 m dé phwong trinh x* + —2—4(x ——j +m-1=0
X

c6 dung hai nghiém lén hon 1.
A. m<-8. B. -8<m<l. C.0<m<l1. D. m<-8.

Cau 34. Tim tat ca cic gia tri thwe ciia tham s6 m dé phwong trinh

(x? +2x+4)2 —2m(x* +2x+4)+4m—1=0 c6 ding hai nghiém,
A me(3;4). B. me(—0;2—+/3)U(2++/3;+%0).
C. me(4;+00)U{2++3}. D.meR.
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C4u 35. Tim tat ca cac gia tri thwc ciia tham s6 m dé phwong trinh
X* +2mx + 2m|x+m|+m? +3-2m=0 c6 nghiém.

A. m e (o0;-3]U[L;+x). B. me(oo;—3]u[g;+oo).c. m e [1;+00). D. meB;+ooj.

Loai 4: P4t 4n phu khéng hoan toan
L1 Bai tip 18. Giai phwong trinh
a). 3Wx+3=3x"+4x-1 b). x*+3x+1=(Xx+3)v/x* +1

Vay phwong trinh ban dau c6 hai nghiém x=1 va x=-2
Nhan xét:
Trong loi gidi trén ta thdy kho nhit 1a bién ddi phwong trinh ban dau thanh
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—27(Xx+3)—3Vx+3+3x* +31x+80=0
dé sau khi diat 4n phu t =+/x+3 thi phwong trinh 4n t c6 A= (18x+93)2 (1a binh phwong cta
mot nhi thic).
Néu ta tach khong hop 1y thi A khong la binh phuwong clia mot nhi thirc hodc 12 mot hang sé,
trong trueong hop do viéc gidi phwong trinh theo hwdng trén la khong thé thwe hién dwoec.
Vay lam thé nao dé tich dwoc phwong trinh ma théa man cac diéu kién trén va viéc tach ra nhw
thé c6 1a duy nhit ? D€ tra loi dwoc ciu hdi nay ta thwe hién theo cac bwéc nhuw sau:
Buéc 1: Viét (1) < m(x+3)-3Vx+3+3x*+(4-m)x-1-3m=0 (m=0)

Buéc2: Ditt=+/x+3 (t>0) pttré thanh mt® —3t+3x°+(4-m)x-1-3m=0
Co A, =-12mx* —4m(4—m)x+12m* +4m+9= f (x)

-12m >0 -12m>0
Bwdc 3: Tim m sao cho = oS m=-27

Al =0 Ay =4m(m+27)(m* +m+1)=0

DPén day viéc gidi pt nhw da trinh bay & trén

Loi giai
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L1 Bai tap 21. Giai cac phwong trinh sau

a). V60— 24x—5x* = x> +5x~10. b). (x+3)/(4—x)(12+x) = 28—x.

L1 Bai tip 22. Giai cdc phwong trinh sau
a).\/3X% + 6x+7 +4/5x2 +10x+14 = 4—2x—x2.  b). X+ v2Xx—5-2 +4/x—3J2x—5+2 =22

Loi gidi
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DANG 4. Pwa vé hé phwong trinh
L1 Bai tap 23. Giai phwong trinh

a). (x+1)7=2\2x(¥+1) =0 b). 10X +1=30+2)  ©). 4+/x+1=3x*~1+2/x-1

Lo giai
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L1 Bai tip 24. Giai cac phwong trinh sau
a). V4x2 +5x+1—24/x2 —x+1=9x—3. b). VX° + X2 —1+/x*+ X2 +2 =3.
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5. Bai tdp luyén tap.

F~Bai 10. Giai cac phwong trinh sau
a). V2x+1=3x+1
0). Vx* +3x+1=x* —x* -1
e). 2/x+3=9x—x—4

b). VX} —x =+/4x+4

d). V2x+/6x2+1 =x+1
0. X +Jx+7=7

F~Bai 11. Giai cac phwong trinh sau:

a). VX* +12 +5=3x+/x*+5
). V5Xx—1+3/9—x =2x* +3x-1

x? +15

b). /X2 +/x* +8-2=
d).Ix+6+x=7—/x—
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~Bai 12. Giai cac phwong trinh sau

a). VX2 +x+2 =x*+X b). (2x-1)° =Vx? —x+1

©). 13X+ 2(3x+2)vx+3+42=0 d). X2 —2X—22—-Xx*+2x+24 =0
Vvx+1 1

e). S . VAX—1+4x*-6x+1=0

) VX+1-4/3-x 2 D

Q.ﬁ+2x/x—1=3x+l h). x> +3x* =x* =2x+1
X
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F~Bai 13. Giai cac phwong trinh sau
a). 4x% + 22 +\3x—2 = 21x b). x(1—5\/x+3)=3(x2 -4)
€). 51Jx—2 =3x* —58x+110 d). x* + X+/3X—1+2 = 6X

~7Bai 14. Tim m dé phuwong trinh x* —(2m+5) x* +(m2 +6m+ 7)x—3m2 -3=0(*) c6 ba

nghiém dwong phan biét.
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~Bai 15. Cho phwong trinh (Mm+1)x* —4x* +1=0(*). Tim m dé
a). Phwong trinh (*) c6 nghiém
b). Phwong trinh (*) c6 b6n nghiém phan biét
Loi giai

7~Bai 16. Cho phuwong trinh x* +4x® —3x* ~14x+m =0
a). Giai phwong trinh khi m=6
b). Tim m dé phwong trinh c6 nghiém.
Lo giai
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Chu y:
Phuong trinh trén 1a phuwong trinh c6 thé dwa vé dang A(X2 + ax)2 +B (X2 + ax) +C =0 vacach

giai 1a dat t = x> + ax va dwa vé phwong trinh bac hai At +Bt+C =0 .
F~7Bai 17. Tim m dé€ phwong trinh : (x* —1)(x+3)(x+5) = m c6 nghiém.
Lot giai

Lo giai
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SBAI 4. HE PHU’'ONG TRINH BAC NHAT NHIEU AN

A-LY THUYET
I. Phwong trinh b4c nhét hai 4n.
1. Pinh nghia: phwong trinh bic nhat hai 4n X,y cé dang téng quat la

ax+by=c (1)

trong d6 a, b, ¢ 1a cac hé s6, véi diéu kién a va b khong dong thoi bang 0.
2. Nhan xét:
+ Khi a=b=0 ta cé phwong trinh 0x+0y =c.
< Néu ¢ #0 thi phwong trinh nay v6 nghiém.
< Néu ¢ =0 thi moi cdp s8 (X,;Y,) déula nghiém.

+ Khi b #0, phwong trinh ax+by =c tré thanh y=—%x+% (2)

< Cap s6 (X%,;Y,) 1a mot nghiém cta phwong trinh (1) khi va chi khi diém M (x,;y,) thudc

duong thang (2).

+ Téng quat, ngudi ta chitng minh dwgc rang phwong trinh bac nhit hai 4n ludn Iudn c6 vd sé
nghiém. Biéu dién hinh hoc tip nghiém ctia phwong trinh cia phwong trinh (1) la mot duong
thang trong mit phang toa do Oxy.

II. Hé hai phwong trinh b4c nhéit hai 4n.

1. Pinh nghia: Hé phwong trinh bic nhit hai 4n l1a hé phwong trinh ¢6 dang

{aixmy:cl

a,X+b,y=c,

(@’ +b’ %0, a5 +b’ #0)

+ Trong d6 X, y la hai 4n; cac chir s6 con lai 1 hé s6.
» Né&u cidp s (X,;Y,) dong thoi 13 nghiém cta ca hai phwong trinh ctia hé thi (X;;Y,) dwoc goi la
mot nghiém ctia hé phwong trinh (3).
«» Giai hé phwong trinh (3) 1a tim tp nghiém cta né.
2. Giai va bién luin hé hai phwong trinh bic nhat hai 4n:
bé giai hé phwong trinh bac nhit hai 4n ta c6 thé dung cac cach giai da biét & chwong trinh 16p 9
nhu:
+ Phuwong phap thé.
+ Phuwong phap cong dai so.
+ Phuwong phap dat 4n phu.
Trong chwong trinh 16p 10, d€ bién ludn s6 nghiém cta hé phwong trinh bic nhit hai an ta st
dung dinh thirc Cramer.

Budrc 1. Tinh cac dinh thirc: D = % b =ab,-a,b
a‘2 bZ
c b a ¢
D =|" =, —c,h. D, = =aC, —aC,.
X Cz b2 Cl 2 Zbl y a2 C2 ai 2 271
Buérc 2.
Xét dinh thirc Két qua
A g o . D D
D=0 Hé c6 nghiém duy nhat| x = EX; y= Ey
D=0 | Dy#0 hogcD,#0 | Hé v6 nghiém
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D, =D, =0

Hé co v6 sé nghiém

3. Vi du minh hoa.

L1 Vi du 1. Giai cic hé phwong trinh sau:
5x—-4y =3 «/§x+4y=—1
a) : b). .
7x-9y =8 2X+4:/2y =5
Loi giai
L1 Vi du 2. Giai cic hé phwong trinh sau:
6 5 6 2
T 2y x+2y
X X—
D1 g 1yo b) 3y 4y
———=1 =-1
X Yy X—2y X+2y
Lo giai
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I1I. Hé phwong trinh b4c nhit ba 4n
1. Pinh nghia: Hé phwong trinh bic nhit ba 4n 1a hé phwong trinh c6 dang téng quat
ax+by+cz=d,

a,Xx+b,y+c,z=d,

a,Xx+hy+cz=d,

« Trong dé X, y, z laba an; cic chir con lai la cac hé so.
+ Moibd baso (XO; Yo ZO) nghiém dding cua ba phwong trinh ctia hé dwoc goi la mot nghiém ctua
hé phwong trinh (4).
+ Néu cip s6 (X,;Y,) dong thoi la nghiém cta ca hai phwong trinh ctia hé thi (x,;y,) dwoc goi
1a mot nghiém ctia hé phwong trinh (3).
» Giai hé phwong trinh (3) la tim tap nghiém ctia né.
2. Giai va bién ludn hé hai phwong trinh b4c nhit hai 4n:
D€ giai hé phwong trinh bic nhit ba 4n, nguyén tac chung 1a kit bot 4n A€ dwa vé cac phwong
trinh hay hé phwong trinh c6 s6 4n it hon.
D€ khit b6t 4n, ta cling cé thé dung cadc phwong phap cong dai s, phwong phap thé nhw déi véi

hé phwong trinh bic nhit hai 4n
3. Vi du minh hoa.

x+y-3z=1 (1
LA Vi dy 3. Gidi hé phwong trinh {x-y+2z=2 (2)
—X+2y+22=3 (3)

Loi giai
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X+2y-32=2
LA Vi dy 4. Giai hé phwong trinh { x—-3y+z=5

X—-5y=1

IV. Hé phwong trinh gdbm mét phwong trinh bic nhit va bic 2.
1. Phwong phap.

Str dung phwong phap thé

< Twr phwong trinh bic nhit rat mot 4n theo an Kia.

< Thé vao phwong trinh bic hai dé dwa vé phwong trinh bac hai mét an.
< S6 nghiém cuia hé tuy theo s6 nghiém cta phwong trinh béc hai nay.

2.Vi du minh hoa.
L1 Vi du 5. Giai cic hé phwong trinh sau
2=4 3Xx—4y+1=0
a). 7T T b). i
2X+y-5=0 Xy =3(x+Yy)-9

‘III Vi du 6. Gidi cdc hé phwong trinh sau
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5 X = xy +2 b X(X + y+1)5—3:0
"l 2x-y=3 | (x+y)P—=+1=0
X

V. Hé phwrong trinh d6i xting.
1. Hé d6i xt&ng loai 1
Dinh nghia: hé phwong trinh d6i xrng loai 1 1a hé phwong trinh cé dang:

f(xy)=0 . X
1) voi f(x;y)="T(y;x) va g(xy)=9g(Yy;X).
L) w1 ()= T (vx) va () =g (i)
(Cé nghia la khi ta hoan vi gitta x va y thi f(x;y) va g(x;y) khéng thay déi).

Cach gial

< Pat S=x+y va P=xy.

< Pwa hé phwongtrinh (1) véhé (1') véicicdnla Sva P.

< Giaihé (1') tatim dwoc S va P.

< Tim nghiém (x;y) bdng cach giai phwong trinh: X*-SX +P=0.

L1 Vi du 7. Giai cac hé phwong trinh sau
=2+32 X2y +xy? =30
a). YTy = V2 p). YT
X*+y> =6 x*+y*=35
Loi giai
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2. Hé d6i xi¥ng loai 2
Dinh nghia: Hé phuong trinh d6i xtng loai 2 13 hé phwong trinh c6 dang: (I1)
{ f(x,y)=0 (@
flyx)=0 (2)
(C6 nghia 1 khi hodn vi gitra x va y thi (1) bién thanh (2) va ngwoc lai).

Cach giai
f(x,y)-f(y,x)=0 (3
< Trir (1) va (2)vé theo vé ta dwoc: (Il) < (% y) = 1(y:%) @
f(x,y)=0
- AN Pl A \ e X=y
< Bié&n di (3) vé phwong trinh tich: (3) < (x-y).g(x,y)=0 < .
g(x,y)=0
_{f(X, y)=0
X =
< Nhuvay ()< d :
{f(X, y)=0
| (9(x,y)=0

< Giai cac hé phwong trinh trén ta tim dwoc nghiém ctia hé (11).

Nhén xét: Hé phwong trinh ddi xing loai 1, 2 néu c6 nghiém 1a (X;; Y, ) thi (Y,;%,) ciingla mot
nghiém cua no.

L1 Vi du 8. Giai cac hé phwong trinh sau
3X_x2+2
XC+2x=y y* =x%—3x*+2x Y
a). 4 ) A , C).
3y = v
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X2+ Xy+y>=m+6
Y+ c6 nghiém duy nhat.

A Vidyu9. Tim m dé hé phwong trinh {

2X+Xy+2y=m

Loi giai
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X+y=2m-1

nho nhit.

B. CAC DANG TOAN VA PHIPONG PHAP GIAL.

DANG TOAN 1: GIAI HE PHPONG TRINH BAC NHAT HAI AN, BA AN.
1.Phuwong phap

Dé giai hé phwong trinh bic nhat hai 4n ta cé thé dung cac cach nhu:

+ Phwong phap thé.

+ Phwong phap cong dai so.

+ Phwong phap dat 4n phu.

+» Phuwong phap st dung dinh thirc Crammer.

Nhén xét: d6i véi bai todn bién luidn tham sd m thi dung dinh thirc Cramer rat nhanh.

2.Bai tap minh hoa.

L1 Bai tip 1. Giai cac hé phwong trinh sau
) {2x+y:11 ) J3x—-y=1
a). C).
5x—4y =8 5X++/2y =+/3

Loi giai
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L1} Bai tip 2. Gidi cac hé phwong trinh sau:
3(x+y)
d SARLED VS
2 {(X+3)(y—5)=xy b) x-y|=v2 5.1 *Y
(X=2)(y+5) =xy 2x—y=-1 5x-y _5
y—-x 3
Loi gidi
L1 Bai tip 3. Giai cac hé phwong trinh sau:
6x—3_ﬂ_5
) y-1 x+1 . 2|x-6l+3|y+1=5
a). .
4x-2 4y _ 5x—6|—4|y+1]=1
y-1 x+1
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L1 Bai tip 4. Giai cac hé phuwong trinh sau:
X+y—-z=1 X+3y+2z=8 X=3y+2z=-7
a){2x—-y+2z=5 €) 2X+y+2=6 d) {—2x+4y+3z=8
X—-2y-3z=0 3X+y+2=6 3X+y-z=5

Loi giai
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3.Bai tap rén luyén.
L1 Bai 1. Giai cac hé phwong trinh sau
Lo L e
X+5y=7 X+y x-y 8
a). b).
3x-2y=4 1 1 =§
X-y Xx+y 8
2|x+y|-|x-y|=9 ; 4x+y|+3|x—y|=8
" 3|x+ y]+ 2|x—y| =17 " |3|x+y|-5]x-y|=6
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4.Cau héi tric nghiém.

Céu 1. Cap s6 (X; y) nao sau ddy khong 1a nghiém ctia phwong trinh 2x -3y =5?

A (x; y):@;oj. B. (x; y)=(%-1). C. (x; y):(o;g) D. (x;y)=(-2;-3).

Cau 2. Phurong trinh 3x+2y—5=0 nhin cap s6 nao sau diy la nghiém
A. (2;-3). B. (-1-1). C. (32). D. (L1).

_ {ZX -y+3=0
Cau 3. Tim nghiém cda hé phwong trinh
—X+4y=2
101 101
A (xy)=(21). B. (x;y)=(7;7]. C. (x; y):(—7;7j. D. (xy)=(-2-1).
Loi gidi

Céu 4. B6 (X;y;2) =(2;—11) 1a nghiém ctia hé phwong trinh nao sau day?
X+3y—-2z=-3 2x—-y—-z=1 X-y-z=1 X+y+z2=-2
A i2X—-y+z=6 . B.{2X+6y—-4z=-6. C.iXx+y+z=2. D.{2Xx-y+z=6
5x—-2y-3z=9 X+2y=5 X—-y—-2=0 10x—-4y—-z=2
Loi gidi
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E+§=13
X
Cau 5. Hé phwong trinh y c6 nghiém la
3 2
—+—=12
Xy
1 1 1 1 1 1 1
A x==; y=—=. B.x=—=; y== Cx==;y==. D.x==; y==.
2 4 3 Y 3 2 % 3 2 % 3
Loi giai
Cau 6. Hé phuwong trinh nao dwéi day vé nghiém?
X+2y=5 K==l x—3y=1 X—3y =2
\2x-3y=1" B. —£X+§y:1' C. —1x+ _ 1. e
2 2 3 2 3
Lo gidi
X+y+z=11
Cau 7. Nghiém ctia hé phwong trinh {2x-y+z=5 la:
3X+2y+z2=24

A (xy;2)=(533). B.(xY;z2)=(45;2). C. (xy;2)=(245).

D. (x;¥;2)=(353).
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X+2y=1
Cau 8. Nghiém ctia hé phwong trinh {y+2z =2 la:
Z+2x=3
x=0 x=1 x=1 x=1
A-y=1 B.<y=1 C.iy=1 D.<y=0
z=1 z=0 z=1 z=1
Loi giai.
Cau 9. B6 (X;¥;z) =(2;-11) la nghiém ctia hé phwong trinh nao sau déy ?
X+3y—-2z=-3 2x—-y—-z=1 X-y-z=1 X+y+2=-2
A {2x-y+z=6 . B.{2Xx+6y—-4z=-6. C.ix+y+z=2. D.12X-y+2=6
5Xx—-2y-3z=9 X+2y=5 X—y—-z=0 10x-4y—-z=2
Loi giai.
Cau 10. Bo (x;y;2)=(10;1) l1a nghiém ctia hé phuwong trinh nao sau day ?
2X+3y+6z2-10=0 X+7y—2=-2 2x-y—-z=1 X+2y+2=-2
A {X+y+z=-5 .B.{-9Xx+y+z=1. C.ix+y+z=2 . D.<x-y+z=4
y+4z=-17 X—y+2z=0 —X+y—-2=-2 —X—4y—-2=5

3X+y-3z=1
Céu 11. Goi (X,; Y,;Z,) 12 nghiém ctia hé phwong trinh { x—y+2z=2
—X+2y+2z2=3
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Tinh gi tri cia biéu thirc P = x> + Y7 + 2.

A P=1. B. P=2. C. P=3. D. P=14.
Loi gii.
X+y+z=11
Céu 12. Goi (X,; ¥,;Z,) 1a nghiém ctia hé phwong trinh < 2x—-y+z=5
3X+2y+z2=24

Tinh gia tri cia biéu thirc P = x,Y,z,.
A. P =-40. B. P =40. C. P =1200. D. P =-1200.

A ) XY Xy =T
Cau 13. Hé phwong trinh c6 tat ca cac nghiém la

x> +y’—xy=3

(xy)=(-L-2); (xy)=(-2-1); (xy)=(-12); (xy)=(2-1).
) =(-L-2); (xy)=(-2-1).
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D. (xy)=(-L-2); (xy)=(-2-1); (x¥)=(L2); (xy)=(21).

Lo gidi

4 1
——+—=5
5 Ao L X=2y
Céu 14. Nghiém cua hé phuwong trinh c 5 la
— =
X=2 Yy
A (xy)=(311). B. (x;y)=(-31) C. (xy)=(131) D. (x;y)=(31)

. . o [x*=3x-y
Cau 15. Hé phuwong trinh
y* =3y -xX
A. 3. B. 2

c6 bao nhiéu nghiém?

C. 1. D. 4.

Cau 16. Hé phuong trinh
2X+ Y+

Khi dé P =x,+ Y. c6 gia tri 1a

(2x+y) —5(4x* = y*)+6(4x* —4xy+y*) =0

==

2X—Y

c6 mot nghiém (X,; Y,).
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Al B.E. C. 3. D. 2.
16
Loi giai
X? +2xy +8x=3y* +12y +9

Cau 17.Cho hé phwong trinh { c6 nghiém 1a (a;b). Khi dé

X? + 4y +18—64/x+7 —2x3y +1=0
gia tri biéu thirc T =5a2 +4b?
AT=24 B.T =21. C.T=5. D.T =4,
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Xy —3x—-2y =16 "
X*+y?—2x-4y =33

A (xy)=(-83-3;-2++B); (xy)=(-8+v3-2-v3). B.(x¥)=(-3-2); (x¥)=(32)
C.(x y)=(—3—J§;—3+J§); (x; y)=(—2—J§;—2+J§). D. (xy)=(-33); (xy)=(22).

Cau 18. Cac nghiém cta hé {

Céu 19. Cho (X;y) v6i X, y nguyén 1a nghiém ctia hé phwong trinh
xy+y’+x=7y (1)

2 thi tich xy ban
X ix=12 (2) y bang
y
A 1l B. 2. C. 3. D. 4.
Loi giai
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DANG TOAN 2: GIAI VA BIEN LUAN HE HAI PHUONG TRINH BAC NHAT HAI AN.
1.Phwong phap.

St dung dinh thirc: Tinh D,D,, Dy

~ NLA 2 N x D Dy
+ Néu D=0 thi hé c6 nghiém duy nhit (x;y)= EXB

+ Néu D =0 thi ta xét D,.D,

D =0

y

D, #0
& Voi khi d6 phwong trinh vo nghiém.

@ Véi D, =D, =0 thi hé phwong trinh c6 v6 s6 nghi¢ém tap nghiém ctia hé phwong trinh la
tap nghiém ctia mét trong hai phwong trinh c6 trong hé.

2.Bai tap minh hoa.

mx—y=2m
4x—my=m+6
Loi gidi

L1} Bai tap 5. Gidi va bién luan hé phwong trinh:{

L1 Bai tip 6. Giai va bién luan hé phwong trinh sau: {

Lo gidi

129 LJp Todn Thiy-Diép Tudn Tel: 0935.660.880 |



I Trung Tim Luyén Thi Dai Hoc Amsterdam Chwong III-Phwong trinh va Hé Phwong Trinh I

2m’x+3(m-1)y =3
m(x+y)-y=2
Loi giai

L1 Bai tdp 7. Tim m dé€ hé vé nghiém {
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ax+(1-a)y=b?

L1 Bai tp 9. Tuy vao M hay tim gia tri I&én nhit nhé nhit cha biéu thirc sau:
P(x;y)=(x+2my +1)2 +(mx + 2y)2
Loi gidi
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3.Bai tap luyén tap.

Bai 1. Giai va bién luan cac hé phwong trinh sau:
{mx+2y:2m N {(m+1)x—2y=m—1
a). .

X+y=3 m’x—y=m’+2m
Loi giai
. . . (m+1)x+8y=4m , = .
Bai 2. Tim m dé hé phwong trinh c6 nghiém duy nhat
mx+(m+3)y=3m-1

Loi giai

123 | Lép Todn Thiy-Diép Tuin Tel: 0935.660.880 |



IT rung Tam Luyén Thi Dai Hoc Amsterdam Chwrong IlI-Phwrong trinh va Hé Phuong T rinbl

—4x+my=m+1 o .
c6 vO sO nghiém:

Bai 3. Tim m dé hé phwong trinh {

(M+6)x+2y=m+3

Loi giai

Bai 4. Tuy theo gia tri cia m, hay tim gia tri nhé nhat cta biéu thic :
P(xy) =(mx+2y—2m)2 +(x+ y—3)2

(2m+1)x-3y=3m-2
(M+3)x—(m+1)y=2m

a). Tim m dé hé c6 nghiém.

b). Tim m dé hé c6 nghiém duy nhat (x;y) théa man x> 2y.

Bai 5. Cho hé phwong trinh: {

c). Tim m dé hé c6 nghiém duy nhdt (x;y) sao cho P = x* +3y® nho nhét.

Loi gidi
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m x+1+\/§=m+1

Ix+1+mfy =2
Loi gidi

Bai 6. Giai va bién luan hé: {

| 4.Cau héi tric nghiém. |
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- ; X x+my=1 \ X nra w s .
C4u 20. Cho hé phuong trinh (1), m la tham s8. Ménh dé nao sai?
mx+y=1
A.Hé (1) c6 nghiém duy nhat Vm = +1. B. Khi m=1 thihé (1) c6 v6 s8 nghiém.
C.Khi m=—1 thihé (1) v6 nghiém. D. Hé (1) c6 v6 s8 nghiém.
Loi giai
Y ‘A A 7 N ~ A \ mX - y = m 7 A ~
Cau 21. Tim diéu kién ctia tham s6 m dé hé phwong trinh { T 1co nghiém duy nhat.
A. m=+]. B. m=-1. C. m=1. D. m= +£1.
Loi gidi
A Lo f2X=y=m-1- NN N
Cau 22. Cho hé phwong trinh . Gia tri m thudc khoang nao sau day dé hé phwong
3X+y=4m+1
trinh 6 nghiém duy nh&t (x,; y, ) théa man 2x, -3y, =1?
A.me(5,9). B. me(-5;1). C.me(0;3). D. me(-4;1).
Lo giai
, mx—y=3
Cau 23. C6 bao nhiéu gia tri m nguyén dwong dé hé phwong trinh it T = c6 nghiém duy
nhit (X;y) sao cho biéu thitc A=3x—y nhén gié tri nguyén
A. 4. B. 2. C. 3. D.1.
Loi giai
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2X+3y+4=0
Cau 24. Tim gia tri thyc cia tham s6 m dé hé phwong trinh {3x+y-1=0 ¢ duy nhit mot
2mx+5y-m=0
nghiém.
A. m:E. B. m=10. C. m=-10. D. m:—w.
3 3
Lori giai.
mx+y=1
C4u 25. Tim gia tri thyc cta tham s6 m dé hé phwong trinh < my+z =1 v6 nghiém.
X+mz=1
A m=-1 B. m=0. EREH D.m=1
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X+2my—-z=1 m =0
Cau 26. Khi hé phuong trinh {12x-my—2z=2  c6 nghiém (x;y;z) véi - 4, gidtr
x—(m+4)y-z=1
T =2017x—2018y—2017z la
A. T =-2017. B. T =2018. C. T =2017. D. T =-2018.
Lo gidi

X+y=2
Cau 27. Cho hé phwong trinh < J , , . Tim tat ca cac gia tri cia m dé hé trén cé
X°y+Xxy =4m°—-2m
nghiém.
1 . 1
A {_5;1} B. [1; o). c.[0:2]. D. (_oo;_g]

A Py b X2 + Xy = 3 7 A -
Cau 28. Hé phuwong trinh c6 nghiém khi
y2+xy=m’—4
m>1
A{ : B. m>1. C. m<-1. D. m= 1.
m<-1
Loi giai
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C4u 29. Mot doan xe tai chd 290 tin xi mang cho mét cdng trinh xiy dap thiy dién. Poan xe cé
57 chiéc gobm ba loai, xe ché 3 tin, xe ché 5 tin va xe chd 7,5 tin. Néu dung tit ca xe 7,5 tin
chd ba chuyén thi dwoc s6 xi m3ng bang tdng s6 xi mang do xe 5 tdn chd ba chuyén va xe 3 tin
ché hai chuyén. Héi s6 xe moi loai ?

A. 18 xe ch® 3 tin, 19 xe ch® 5 tdn va 20 xe ch® 7,5 tin.

B. 20 xe chd 3 tin, 19 xe ch® 5 tin va 18 xe ché 7,5 tan.

C. 19 xe ch¢ 3 tan, 20 xe chd 5 tAn va 18 xe chd 7,5 tan.

D. 20 xe ch® 3 tin, 18 xe chd 5 tAn va 19 xe chd 7,5 tan.

Lo giai.

Cau 30. C6 ba 1ép hoc sinh 10A, 10B, 10C gdém 128 em cung tham gia lao dong trong cay. Moi
em lop 10A trong dwoc 3 ciy bach dan va 4 cAy bang. Mdi em 16p 10B trong dwoc 2 ciy bach
dan va 5 ciy bang. M6i em lép 10C trong dwgc 6 ciy bach dan. Ca ba lép trong dwoc 1a 476
cay bach dan va 375 cay bang. Hoi mdi 1ép c6 bao nhiéu hoc sinh ?

A. 10A c6 40 em, 16p 10B c6 43 em, 16p 10C cé 45 em.

B. 10A c6 45 em, 16p 10B c6 43 em, 1ép 10C c6 40 em.

C. 10A c6 45 em, 16p 10B c6 40 em, 16p 10C c6 43 em.

D. 10A c6 43 em, 1ép 10B c6 40 em, 16p 10C c6 45 em.

Loi giai.

Cau 31. Hai ban Van va Lan di mua trai cdy. Van mua 10 qua quyt, 7 qua cam v&i gia tién la
17800. Lan mua 12 qua quyt, 6 qua cam hét 18000. Hoi gia tién moi qua quyt, qua cam la bao

nhiéu?
A. Quyt 1400, cam 800. B. Quyt 700, cam 200.
C. Quyt 800, cam 1400. D. Quyt 600, cam 800.
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Cau 32. Mot xe hoi khéi hanh tir Krong Nang di dén Nha Trang cach nhau 175km. Khi vé xe ting
van tdc trung binh hon van tdc trung binh lac di 1a 20 km/gid. Biét rang thoi gian dung dé di va
vé la 6 gio; van toc trung binh luc di la

A. 60 km/gio. B. 45 km/gio. C. 55 km/gio. D. 50 km/gio.
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