Ciu 1: (TT Diéu Hién-Can Tho-thang 10-ndm 2017-2018) Cho hai sd thuc x, y thoa min phuong
trinh x+2i=3+4yi. Khido gid tricta x va y la:

1 1 1
A . x=3, y=2. B. x=3i, y=—. C.x=3, y=—. D. x=3, y=—-.
y y > L Y > y >
Loi giai
Chon C
x=3
X . . ]x=3
To x+2i=3+4yi = = 1.
2=4y y=5

Vay x=3, yzé.

Cau 2: (TT Diéu Hién-Cin Tho-thang 10-nim 2017-2018) Phin thyc va phan 4o cua sd phic
z=1+2i lan lugt la:
A.2val B. 1va 2i. C.1va2. D.1vai.
Loi giai
Chgn C
S6 phitc z=1+2i ¢ phan thyc va phan ao lan lugt1a 1 va 2.
Cau 3: (THPT Hau Loc 2-Thanh Hoéa-an 1-nam 2017-2018) Cho hai s phirc z=a+bi,

Z'=a'+b'i (a,b,a’,b' € R).Tim phan do cla s6 phirc zz'.

A. (ab'+a'b)i . B. ab'+a'b. C.ab -a'b. D. aa'-bb'.
Loi giai
Chon B
Taco: zz' = (a + bi)(a’ +b’i) =aa' +ab'i+a'bi+bb'i* = aa’' —bb’ +(ab' + a'b)i
Vay phan 4o ciia s6 phirc zz' 1a ab’+a'b.
Cau 4: (THPT HAau Loc 2-Thanh Hoéa-an 1-nam 2017-2018) Tim tit ca cac nghiém cla phuong trinh
2> +2z+5=0 trén tap s6 phirc C.

Ao 1+2i51-2i. B. 1+i;1-1i. C.—-1+2i; -1-2i. D.—-1+i; -1-i.
Loi giai:
Chgn C
AN=1"-5=-4=4/".
. o o : z, =—1-2i
Suy ra phuong trinh c¢6 hai nghiém phuc: .
z, =—1+2i

Cau 5: (Dé tham khao BGD nim 2017-2018) Diém M trong hinh v& bén 1a diém biéu dién sb phirc

A, z=-2+1. B. z=1-2i. M Y
C.z=2+i. D. z=1+2i. v 1

Loi giai i
Chon A i) 0] X

Diém M (-2;1) biéu dién s6 phitc z=-2+i.



Cau 1: (THPT Chuyén DH KHTN-Ha N6i nam 2017-2018) Diém nao trong hinh vé& dudi day la diém
bicu dién cua so phic z=(1+i)(2-1) ?

R
N M
¢ -oi-—-9
| |
| |
2] I
| |
1 T I 'O
| | |
] ] i X
_:3 2 -1 0 1 2 3 o
[ R ——— -
p
=24
A. P. B. M. C. N. D. 0.
Loi gii

Chon D
Taco z=(1+i)(2-i) < z=3+i. Diém bicu dién ciia s phirc z 1a Q(3;1).

Cau 2: (THPT Chuyén Hoang Vin Thu-Hoa Binh nam 2017-2018) S6 phirc z thoéa man z=5-8i c6

phan 4o 1a

A. 8. B. 8. C.5. D. -8.
Loi giai

Chon D

Ta co z=5-8i suy ra phan do cua z la —8§.

Ciu 3: (THPT Chuyén Hoang Van Thu-Hoa Binh nam 2017-2018) Nghi¢ém phtrc co phan 4o duong
cua phuong trinh z* —z+1=0 la:

A. l-i-ﬁl'. B. —l+£i. C. l—ﬁi. D. —l—ﬁi.
2 2 2 2 2 2 2 2

Chon A
Taco: A=1-4=-3=3;".

Phuong trinh da cho ¢6 hai nghi¢m

14~/3i . 1-+/3i
va .
2 2
NE)

Vay nghiém phirc c¢6 phan ao duong la %-ﬁ- 71’ .
CAu 4: (THPT Hau Loc 2-Thanh Hoéa nam 2017-2018) Cho hai s6 phic z, =2+3i, z, = —4—5i. S6
phtic z=2z+2z, 1a
A.z=2+42i. B.z=-2-2i. C.z=2-2i. D. z=-2+2i.
Loi giai
Chon B

z=z+2z,=243i—-4-51=-2-12i.



Cau 5: (THPT Tran Nhan Tong-Quang Ninh-Iin 1 nam 2017-2018) Tim gié tri cyuc tiéu cia ham s
y=x*—4x*+3
Ay, =4. B. y., =-6. C.y,=-1 D. y., =8.
Hudng dan giai

Chon C
Ta c6: y' =4x> —8x.

x=0=>y=3
Y=0c4x -8x=0 < x:x/E:>y=—1 .

x=—2= y=-1

Bang bién thién

x —0 -2 0 J2 +o

¥ - 0 + 0 -

v +w\_1/3\_1/+m

Vay gia tri cuc tiéu cua ham sb 1a Yor =—1tal x.p = J2 y Xop = 2.



Céu 1: (THPT Phan Chau Trinh-DakLak-Ian 2 nim 2017-2018) Phan 4o cta s phitc z=2-3i 1a
A. -3i. B. 3. C.-3. D. 3i.
Loi giai
Chon C
Phan 4o clia s6 phiic z=2-3; 1a 3.
Cau 2: (THPT Kinh Mén-Hai Duong Iin 1 nam 2017-2018) Cho s6 phic z=2018-2017i . Diém M
biéu dién cua sé phuc lién hop cua z 1a
A. M(-2018;2017).  B. M(2018;-2017). C. M(-2018;-2017). D. M (2018;2017).
Loi giai
Chon D
Taco z=2018+2017i, nén M (2018;2017).

Cau 3: (THPT Hong Linh-Ha Tinh-Iin 1 nam 2017-2018) Cho s6 phitc z=1+2i. S6 phic lién hop

cua zla

A z=-1+2i. B.z=-1-2i. C.z=2+i. D.z=1-2i.
Loi giai

Chon D

S6 phtic lién hop clia z1a 7 =1-2i.

CAu 4: (THPT Chuyén Tién Giang-lan 1 nam 2017-2018) Tim toa do diém biéu dién ciia s6 phuc

_(2-3)(4-9)

3420

A. (-1-4). B. (1;4). C. (,-4). D. (-1;4)
Loi giai

Chon A

(2-3i)(4-i) 5-14i (5-14i)(3-2i) -13-52i 4
3420 3420 13 B '

Do d6 diém biéu dién cho sd phic z ¢ toa dd (—1;—4).

Tacod z=

Ciu 5: (THPT Ditc THo-Ha Tinh-Ian 1 nam 2017-2018) Cho s6 phitc z, =3+2i, z, =6+ 5i. Tim s6
phtic lién hop cua sb phic z = 6z, + 5z,
A. Z=51+40i. B. z =51-40i. C.z=48+37i. D. z=48-37i.
Loi giai
Chon D
Ta cd: z =6z, +5z, =6(3+2i)+5(6+5() =48+37i.

Suyra z=48-37i.

Cau 6: (THPT Ditc THo-Ha Tinh-lan 1 nam 2017-2018) Xac dinh phan 4o cta sb phirc z=18-12;.
A. -12. B. 18. C.12. D. —12i.
Loi giai
Chon A
Phan 4o cua s6 phitc z=18-12i 1a —12.

Cau 7: (THPT Chuyén Ha Tinh-Iin 1 nim 2017-2018) S6 phirc lién hop ciia s6 phiic z=1-2; 1a
A 1+2i. B. —1-2i. C.2-i. D. —1+2i.



Loi giai
Chon A
S6 phtic lién hop clia s6 phiic z=1-2/ 1a z=1+2i.

Cau 8: (THPT Ping Thiic Hira-Nghé An-lan 1 nim 2017-2018) Tim phén o cta s6 phiic z, biét

(1+i)z=3—i.
A. 2. B. 2. C. 1. D. -1.
Loi giai
Chon B
Ta co: (1+i)z=3—i @z:ﬁaz:w S z=1-2i.
1+ (1+z)(l—l)

Vay phan a0 ciia s phitc z bang —2.
Céu 9: (THPT Ding Thic Hira-Nghé An-lin 1 nim 2017-2018) Héi diém M (3;—1) 1a diém biéu dién
s6 phtrc nio sau day?
A, z=-1+3i. B.z=1-3i. C.z=3-i. D. z=-3+i.
Loi giai
Chon C
Diém M (a;b) trong mét hé toa do vudng gbc clia mit phang duge goi la diém bicu dién s6
phuc z=a+bi.
Do d6 diém M (3;-1) la diém bicu dién s phirc z=3—i.
Cau 10: (THPT Chuyén Ha Long-Quéing Ninh I4n 2 nam 2017-2018) Cho s phtic z =—4+5i. Biéu
dién hinh hoc ctia z 1a diém c6 toa do
A. (—45). B. (—4;-5). C. (4-5). D. (45).
Loi giai
Chon A
S6 phitc z=—4+5i c6 phan thyc a =—4; phan 40 b =5 nén diém biéu dién hinh hoc cua sb
phuc z 1a (—4;5).
Cau 11: (THPT Chuyén Phan Boi Chau-Ian 2 nim 2017-2018) Cho s6 phitc z =2—3i. Mddun ctia s
phuc w=(1+i)z
A. |w|=\/%. B. |w|=\/§. C. |w|=5. D. |w|=4.
Loi giai

W =52 +(~1)" =26

Cau 12: (THPT Chuyén DH Vinh —1an 1 - nam 2017 — 2018) Trong mit phing Oxy, cho

cac diém A, B nhu hinh v& bén. Trung diém cta doan thing AB biéu dién sb phirc.

Chon A
Taco w=(1+i)z =(1+i)(2-3i) =5-i,

y
3-8
Aoeeectl
1 1
2 ol 1%



A ——+2i. B. —1+2i. C.2—i. D.2——i.
2 2
Loi giai
Chon A
Trung diém 4B la 1(—%;2) biéu dién sb phirc 1a z = —%+2i.

Cau 13: (THPT Tay Thuy Anh — Thai Binh — Ian 1 - nam 2017 — 2018) S phitc z nao sau day
thoa |2/ =+/5 va z 1a s6 thuan a0?
A z=4/5. B. z=+/2 ++/3i. C.z=5i. Q.ZZ—\/gi.
Loi giai
Chon D
Goi z=bi, v6i b#0, beR 1asb thuan do = loai A, B.

Tacé |2|=v5 < [b|=+/5= ChonD
Cau 14: (THPT Tay Thuy Anh — Thai Binh — lan 1 - nam 2017 — 2018) Cho sb phtic z = mi,

X . 1
(m € R). Tim phan 4o cta so6 phiic —?

z
A -1 B. L. c -1 p. Li.
m m m m
Loi giai
Chon A
1 1 | 1.
—:—:—l:——l
z mi mii m

Cau 15: (THPT Tay Thuy Anh — Thai Binh — lan 1 - nam 2017 - 2018) Cho s phuc

(1-i)z=4+2i. Tim mddun cua s6 phic w=z+3.

A.S. B. 10. C. 25. D. /7.
Loi giai

Chon A

Taco: z=272 143 Dodé: w=z+3=4+3i.

1—i

Vay [w|=+4>+3* =5.

Ciu 16: (THPT Quang Xwong I — Thanh Héa — nam 2017 - 2018) Phén 4o cua s6 phic z =5+ 2i

béng

A. 5. B. 5i. C.2. D. 2i.
Loi giai

Chon C

Cau 17: (SGD Bic Giang — nam 2017 — 2018) Cho sb phic z=—1+2i. S phic Z dugc biéu
din boi diém nao dudi day trén mat phang toa do?
A. P(1;2). B. N(1;-2). C. 0(-L-2). D. M(-1;2).
Loi gidi
Chon C



Tacd z=-1+2i =z =—1-2i. Suy ra diém biéu dién ctia s6 phic z 1a Q(-1;-2).

Cau 18: (Chuyén DB Song Hong —~Lan 1 nam 2017 — 2018) Cho hai s6 phic z, =2+3i, z, =—4-5i.
Tinh z=z +z,.
A.z=-2-2;. B. z=-2+2i. C.z=2+2i. D. z=2-2;.
Loi giai
Chgn A
z=2z+2z, =2+3i+(—4—5i) =-2-2i.
Céu 19: Cho s6 phitc z=3+2i. Tinh |2].
A. |z]=+5. B. |z|=+/13. C. |7=5. D. |2|=13.
CAu 20: (THPT Chuyén Ngit - Ha Noi - Lan 1 ndm 2017 - 2018) Cho s6 phitc z=3+2i. Tinh |2|.
A lz]=+5. B. |2|=+13. C. |7|=5. D. |2|=13.
Loi giai
Chon B

Tacé |2| =3 +2? =413

Cau 21: (THPT Chuyén DHSP — Ha Noi - Lan 1 nam 2017 — 2018) Cho s6 phitc z = -3+ 4i. Modun

cua z la

A. 3. B. 5. C. 4. D. 7.
Loi giai

Chon B

Tac6 |2|=4/(-3)" +4* =5.

Cau 22: (THPT Chuyén DHSP — Ha Noi - Lan 1 nam 2017 — 2018) Cho s6 phiic z co6 biéu dién
hinh hoc 13 diém M & hinh v& bén. Khang dinh nao sau déy la ding?

A. z=3+2i. D. z=3-2i.

Chon D
Diém biéu dién ctia s6 phtrc z=a+bi 1a M(a;b).

Cau 23: (THPT Chuyén DHSP - Ha Néi - Lan 1 nam 2017 — 2018) Cho s6 phirc z=1+i. S6 phuc
nghich ddo cua z 1a

AL B.1-i. c = p. —LtE
NG 2 2
Loi giai
Chon C

Ta cé z:1+i:>l:L:1;l.
z 1+ 2



Cau 24: (THPT Kim Lién — Ha Noi - Lan 2 nam 2017 — 2018)Tim sb phtc lién hop cia sb phuc

z=—i.

A. —1. B. 1. C. —i. D.i.
Loi giai

Chon D

Cau 25: (THPT Kim Lién — Ha Noi - Lan 2 nam 2017 — 2018)Goi 4, B lan luot 14 cac diém biéu
dién cua céc sb phttc z, =1+42i;z, =5—i. Tinh d0 dai doan théng AB.
A. 54426 . B. 5. C. 25. D. \/37.
Loi giai
Chon B
Ta co: A(1;2) , B(S;—l) = AB=5.
Cau 26: (THPT Tran Phti — Ha Tinh - Lin 2 ndm 2017 — 2018)Cho 6 phitc z=~/7 —3i. Tinh |2|.
A.|z=5. B. |z|=3. C.|z=4. D. |z|=—4.
Loi giai
Chon C

Taco |2|=N7+9 =4.

Cau 27: (THPT Thuin Thanh 2 — Bic Ninh - Lin 2 nim 2017 — 2018)M dun cua s phuc

z=7-5i bang

A. 74. B. 24. C.\74. D. 24/6.
Loi giai

Chon C

Tac6 |z|=v7"+5" =/74.
Cau 28: (THPT Thuan Thanh 2 — Bic Ninh - Lin 2 nim 2017 — 2018)Phdn thuc cia sé phuc
z=(3-i)(1-4i) 1a
A. —1. B. 13. C. 1. D. -13.
Loi giai
Chon A
Taco: z=(3—i)(1-4i)=-1-13i.

Cau 29: (THPT Chuyén Lwong Thé Vinh — Dong Nai — Lan 2 nam 2017 - 2018)

Cho s6 phirc z théa man z(1+i)=3-5i. Tinh modun ciia z .

A. |2=17. B. |z|=16. C. |2|=17. D. |z|=4.
Loi giai
Chon A
Tact: 2(14i) =351 e 2= 0 ——1—di = o = (1) + (4)" =17
1

Ciu 30: (THPT Chuyén Lwong Thé Vinh — Pong Nai — Lin 2 nam 2017 — 2018) Piém M trong
hinh v& bén 13 diém biéu dién cua sb phuc z .



Tim phan thyc va phan 4o ca so phtc z.

A. Phan thyc bang 4 va phan ao bang 3. B. Phan thyc bang 4 va phan 4o bang 3i .

C. Phan thyc bang 3 va phan 4o bang 4. D. Phan thuc bang 3 va phan 4o bang 4i .
Loi giai

Chon C

Tur hinh v& ta c6 M (3;4) nén z=3+4i.
Vay Phan thyc bang 3 va phan 4o bang 4.
Cau 31: (THPT Quynh Luu 1 - Nghé An - Lan 2 nam 2017 — 2018) Cho s6 phirc z=-2+i. Diém
nao dudi day 1a diém biéu dién coa sé phirc w=iz trén mit phing toa d6?
A.P(-21). B.N(2:1). C.0(1;2). D. M (~1;-2).
Loi giai
Chon A
w=iz=i(=2+i)=-1-2i = diém P(-21) la diém biéu dién cua sb phic w=iz trén
mat phéng toa do.
Cau 32: (SGD Quang Nam — nam 2017 — 2018) Tim s phirc lién hop ctia s6 phirc z =3+2i.

A.z=3-2i. B.z=-3-2i. C.z=2-3i. D.z=-2-3i.
Loi giai

Chon A

z=3-2i.

Cau 33: (DHQG TPHCM - Co Sé 2 — nam 2017 — 2018) Cho s6 phtic z =1-2i thi s6 phirc lién hop

z ¢co

A. phan thyc bang 1 va phan 4o bang —2. B. phén thuc bang —2 va phan 4o bang 1.

C. phan thyc bang 1 va phan 4o bang 2. D. phan thyc bang 2 va phan 4o bang 1.
Loi giai

Chon C

z=1+2i.Do do sb phtrc lién hop z ¢b phan thyc bang 1 va phan 4o bang 2.
Céu 34: (THPT Chuyén DH Vinh - Lan 2 — nam 2017 — 2018) Trong hinh v& bén, diém

M biéu didn s6 phie z. S6 phic z 1a

JA
1 *M
17 2 ¥
A.2—-1i. B. 1+2;i. C.1-2i. D. 2+i.
Loi gidi

Chon A
Duya vao hinh v€tacod z=2+i,suyra z=2—i.

Cau 35: (SGD Nam Dinh — nam 2017 - 2018) Trong cac ménh dé sau, ménh dé nao ding?



A. S6 phitc z=2-3i ¢6 phan thyc 1a 2, phan 4o 1a 3.

B. S6 phitc z =2-3i ¢ phan thyc 1 2, phan a0 1a —3i.

C. S6 phirc z=2-3i c6 phan thyc la 2, phan 4o 1a 3;.

D. S6 phtic z=2-3; c6 phan thyc 1a 2, phan o 1a 3.
Loi giai

Chon A

Madi s6 phiic z=a+bi c6 phan thyc 12 a, phanaola b.

Cau 36: (SGD Nam Dinh — nam 2017 — 2018) Cho hai s6 phic z, =1+2i, z, =3—i. Tim s6

phuc 2=
Z
A z=—+—i zzi li C Z=l——l =—L+l
5 10 10 5 10 10
Loi giai
Chon C



Cau 1: (SGD Thanh Héa — nam 2017 — 2018) Tinh médun cua sb phirc z =3+ 4i .
A. 3. B. 5. C.7. D. /7.
Loi giai
Chon B

Modun ciia sb phitc z =3+4i la: |z|=+/3" +4° =5.

Cau 2: (THPT Chuyén Nguyén Quang Diéu - Dong Thap — Lan 5 nam 2017 — 2018) S§ phirc
lién hop cua s6 phitc z=i(1-2i) cé diém biéu dién 1a diém nao dudi day?
A. E(2-1). B. B(-1;2). C. A(1;2). D. F(-2;1).
Loi giai
Chon A
Tacé: z=i(1-2i)=2+i=>Z =2—i nén diém bicu dién ciia s6 phirc 7 1a E(2;-1).
Ciu 3: (THPT Chuyén Thai Binh — Thai Binh - Lan 5 nam 2017 - 2018) Diém A trong hinh v& bén dudi
biéu dién cho sb phirc z . Ménh dé nao sau day dang?

A
A
2
0 3
A. Phan thyc 1a 3, phan 4o 1a 2. B. Phan thyc 1a 3, phan 4o 1a 2.
C. Phan thyc 1a -3, phan a0 1a 2i. D. Phan thyc 1a =3, phan 4o 1a 2.
Loi giai

Chon A

Cau 4: (THPT Chuyén Hing Vwong — Gia Lai — Lin 2 nam 2017 — 2018) Cho s6 phic z =1+ 2i. Diém
nao dudi day 1a diém biéu dién cuia s6 phitc w =z + iz trén mat phang toa d6?
A. M (3;3). B. 0(3;2). C. N(23). D. P(-3;3).
Loi giai
Chon A
w=z+iz=1+2i+i(1-2i)=3+3i.

Vay diém biéu dién cta sb phitc w=z+iz 1a M (3;3).

Cau 5: (SGD Ha Tinh - Lin 2 nim 2017 — 2018) Cho hai sb phitc z, =2+3i, z, =1+i. Gi trj cia biéu
thirc |z, +3z,| 1
A. /55 B.S. C.6. D. \J/61.
Huéng din giai
Chon D

Ta ¢6: |z, +3z,| =2+ 3i+3(1+i)| =[5+ 61| =V5* + 6> =~/61.



Cau 6: (SGD Ha Tinh - Lan 2 nam 2017 — 2018) Goi z, 1a nghiém phuc cé phan ao duong cia phuong
trinh z> +2z+10=0. Tinh iz,.
A.izy=3-1. B. iz, =-3i+1. C.izy=-3-1i. D. iz, =3i-1.
Huéng din giai
Chon C
., z=—1+3i ) ) )
Tacod: z2+2z+10=0 & =z,=-1+3i=iz,=-3-1i.
z=-1-3i
Cau 7: (THPT Ngheén — Ha Tinh - Lan 2 nam 2017 — 2018) Phan thyc va phan do cla s6 phirc lién hop cia s8
phttc z=1+1i la:

A. Phan thyc 1a 1, phan a0 1a —1. B. Phén thyc 13 1, phan 4o 1a —i.

C.Phanthycla 1, phdn aola i. D. Phan thyc 1a 1, phan a0 1a 1.
Loi giai

Chon A

Ta c6 sb phtic lién hop clia s6 phitc z=1+i 1a z=1-1i, suy ra Phan thyc va phan 4o ctia s6
phirc lién hop cua s6 phirc z =1+ lava —1.
Céu 8: (THPT Chu Van An - Ha Noi - nam 2017-2018) Diém biéu dién cua s6 phirc z 1a M (1;2). Toa
d6 cta diém biéu dién cho s6 phic w=z-27 la
A. (2;-3). B. (2;1). C. (-16). D. (2;3).
Loi giai
Chon C
Taco: z=1+2i nén w=z-27 =(1+2i)-2(1-2i)=-1+6i.
Do d6, s6 phirc w=z—-2Z c6 diém biéu dién 1a (-1;6).
Céiu 9: (THPT Chu Van An - Ha N@i - nam 2017-2018) Goi z, va z, lan luot 13 hai nghiém cua
phuong trinh z* —4z+5=0. Gi4 tri clia biéu thitc P =(z, -2z, ).z, — 4z, bang:
A. -10. B. 10. C.-5. D. -15.
Loi giai
Chon D
. z, =2+i
Taco z7 —4z+5=0< -
z,=2~1i
Vay P=(z,-2z,).z, —4z, = (2+i-2(2-1)).(2+i)-4(2+i) =-15.
Cau 10: (THPT Chuyén V6 Nguyén Giap — Quéang Binh - nim 2017-2018) M6 dun ctia s6 phtic
z=~/7-3i la.
A. |z|=5. B. |z|=10. C. |7 =16. D. |z|=4.
Huéng din giai
Chon D
Ta ¢6: |z|=N7+9 =4.
Ciu 11: (THPT Chuyén V6 Nguyén Giap — Quang Binh - nam 2017-2018) Cho z,,z, 1a hai nghiém
phtre ctia phuong trinh z° +2z+5=0, trong d6 z ¢6 phan a0 duong. S6 phic lién hop cua sb

phtrc z, +2z, 1a?



A.—3+2i. B. 3-2i. C.2+i. D. 2-i.
Hwéng din giai

Chon A

z,=—1+2i

(Vi zco phan 4o duong)

Tacod: 22 +2z+5=0<
z,==1-21

Suy ra: z, +2z, =—1+42i+2(-1-2i)=-3-2i.
Vay: S6 phtic lién hop ciia s phic z, +2z, 14 —3+2i.

4 N, " . 2 . va N,
Cau 12: (SGD Bic Ninh — Lin 2 - nam 2017-2018) Cho s6 phirc 2z = (1 + z) (1 + 22). S8 phic 2 ¢6 phan

ao la:

A. 2. B. 4. C. -2. D. 2;.
Loi giai

Chon A

2 / \
Taco 2= (1+41i) (1+2i) = 2i(1+2i) = —4 + 2i. Vay s6 phitc z co phando la 2.

Cau 13: (THPT Dang Thiic Hita — Nghé An - nam 2017-2018) Piém M trong hinh bén 1a diém biéu dién
cho s6 phirc

Yy
Qb === = .7M
I
I
I
0 I2 €T
A.z=4-2i. B. z=2+4i. C.z=4+2i. D. z=2-4;.
Loi giai
Chon B

Diém M biéu dién cho s6 phirc z=2+4i.

CAu 14: Cho hai s6 phitc z, =1+2i va z, =2-3i. Phin 4o clia s6 phirc w=3z, -2z, 1a

Al B. 11. C. 12, D. 12i.
Cau 15: Cho hai s6 phtic z, =1+2i va z, =2-3i. Phan 4o ctia s6 phitc w=3z, -2z, la
Al B. 11. C. 12. D. 12i.
Loi gidi
Chon C

Tacod w=3z, -2z, =3(1+2i)-2(2-3i) =-1+12i.
Vay phén 4o ctia s6 phirc w 1a 12.
Céu 16: Cho s6 phitc z=a+bi (a,beR). Khing dinh nao sau day sai?
A |z|=Va* +b° . B.Z=a-bi. C. 2% 1a 36 thyc. D. zZ 1as6 thyc.

Cau 17: Cho hai s0 phuc z va z'. Trong cac ménh d¢ sai, ménh dé nao sai?



A.|Z+Z’|=|Z|+|Z'|. B. |Z.Z'|=|Z|.|Z'|. C.zz=z7 . D.z+z=z+z2.
Céu 18: Cho s phitc z=a+bi (a,beR). Khang dinh nao sau day sai?

A. |z|=+d* +b* . B.zZ=a-bi. C. z* 1a sb thue. D. zz la s thuc.

Loi gii

Chon C

bap an A va B dung theo dinh nghia.

Pap an C: Taco z* =(a+bi)’ = a® +2bi —b* 1a 36 phirc c6 phan o khac 0 khi b=0 —> Sai.

bap anD: z.Z =(a+bi)(a-bi)=a’ —(bi)2 =a” +b* 1a mot s6 thuc — Pung.

Cau 19: Cho hai so phuc z va z'. Trong cac ménh dé sai, ménh d¢ nao sai?

A.|Z+Z'|=|Z|+|Z’|. B. |Z.Z'|=|Z|.|Z'|. C.zz=z7. D.z+z=z+7.
Loi giai
Chon A
Vi hai s6 phtic z va z', ta ¢6: |z+z’| S|z| +|z’|.
CAu 20: Cho hai sb phitc z, =3—i va z, =4—i. Tinh mddun ciia s6 phirc z +7z,.
A.12. B. 10. C.13. D. 15.
Cau 21: Cho hai s6 phtic z, =3—i va z, =4—i. Tinh mddun ctia s6 phic z +Z,.
A.12. B. 10. C.13. D. 15.
Loi giai
Chon C
Taco: z; +2,=(3-i) +(4+i) =12=5i nén |z} +3,|=V12° +5° =13.
Cau 22: Tim toa d¢ diém M 14 diém biéu dién s6 phic z=3-4i.
A. M(3;-4). B. M (-3;4). C. M(-3;-4). D. M (3;4).
Céu 23: Tim toa d6 diém M 1a diém biéu dién sé phuc z=3-4i.
A. M(3;-4). B. M (-3;4). C. M (-3;-4). D. M(3;4).
Loi giai
Chgn A
Ta co diém M (3;—4) biéu dién s6 phirc z=3—4i .

Cau 24: 56 phirc z =4 +2i ¢6 diém biéu di&n trén mit phang toa do 1a M . Tim toa d6 diém M

A M(42). B.M(2;4). C.M(4;-2). D. M (—4;-2).
Cau 25: S6 phirc z =4+ 2i c6 diém biéu di&n trén mat phdng toa do 1 M . Tim toa d6 diém M
A. M(42). B.M(2;4). C.M(4-2). D. M(-4;-2).
Loi giai
Chon A

S6 phitc z =4+2i 6 diém biéu dién trén mit phang toa do 1a M (4;2).

Céu 26: Cho s6 phitc z théa man (1+2z)(1+i)—5+i=0. S0 phitc w=1+z bing
A. —1+3i. B.1-3i. C. —2+3i. D. 2-3i.



Chu 27: Cho s6 phirc z théa man (1+2z)(1+i)—5+i=0. S6 phitc w=1+z béng

A, —1+3i. B.1-3i. C. 2+3i. D. 2-3i.
Loi giai

Chon D

Tacod (1+z)(1+i)-5+i=0=1+2=2-3i & z=1-3i.

Vay w=1l+z=1+1-3i=2-3i.
Cau 28: Goi a,b lan luot 1a phan thyc va phan ao cua sé phirc

2 =[1=3i|(1+ 20) +[3 - 4] (2+31). Gid tri cia a—b la

A. 7. B. -7. C. 31. D. -31.
Cau 29: Goi a,b lan luot 1a phan thyc va phan ao cua sé phirc

2 =[1=31](1+24) +[3~ 4l (2+30). Gid tri cva a—b la

A. 7. B. 7. C. 31. D. -31.

Loi gidi
Chon B

Ta c6: z=[1=/3i] (1+20) +[3— 4] (2+3i) = 2(1+21) +5(2+31) =12+19i
Vay a-b=12-19=-7.

Cau 30: Cho s6 phiic z c6 s6 phirc lién hop Z =3 —2i. Tong phan thuc va phan 4o cia s phirc z bang.

A. 1. B. -5. C.5. D. -1.

Céu 31: Cho s6 phitc z théa man (1+2i)z =(1+2i)—(-2+i). M6 dun cua z bing
A.2. B. 1. C.\2. D. J/10.

Céu 32: Cho s6 phiic z c6 s6 phirc lién hop Z =3 —2i. Tong phan thuc va phan a0 cia s phirc z bang.
A. 1. B. -5. C.5. D. -1.

Huéng din giai

Chon C

Ta cé: z=3+2i. Vay tong phan thuc va phan o cua s phirc z bang 5.

Céu 33: Cho s0 phitc z théa man (1+2i)z =(1+2i)—(-2+i). M6 dun ciia z bang

A.2. B. 1. C.\2. D. J/10.
Huéng din giai

Chon C

(1+2i)z=(1+2i)—(—2+i)<:>(1+2i)z=3+i<:>zz%zl—i. Vay |2[=+2.

+ 21

Céu 34: Cho céc sb phirc z, =2+3i, z, =4+5i. S0 phitc lién hop cua s6 phitc w=2(z, +2z,) la
A. w=8+10i. B. w=12-16i. C. w=12+8i. D. w
Céu 35: Cho céc s phitc z, =2+3i, z, =4+5i. S6 phitc lién hop cia s6 phitc w=2(z, +z,) la

A. w=8+10i. B. w=12-16i. C. w=12+8i. D. iw=28i.
Loi giai



Chon B
Taco w=2(6+8i)=12+16i = w=12-16i.

Céu 36: Cho s6 phitc z=a+bi véi a, b 1 cac sb thyc bat ky. Ménh d& nao sau day ding?

A. Phan 4o cta z 1 bi. B. Modun cua z° bang a® +b°.
C. z—Z khong phai 1a s6 thuec. D. S6 z va z ¢6 mddun khac nhau.
Céu 37: Cho s6 phitc z=a+bi véi a, b 1 cac sb thyc bat ky. Ménh d& nao sau dy ding?
A. Phdn 4o ctia z 1a bi. B. Modun ciia z* bang a’ +b>.
C. z—Z khong phai 1a s6 thuec. D. S6 z va z ¢6 mddun khac nhau.
Loi giai
Chon B

2
22| = |2l =(\/a2 +b2) =a’+b°.
Cau 38: Cho s8 phttc z =3 +i.Tinh ‘;‘
Afz=242. B. [1|=2. C. |z|=4.
Cau 39: Diém M trong hinh v& dudi day biéu thi cho s6 phirc

A.3-2i. B. 2+3i.
C.2-3i. D. 3+2i.

Cau 40: Cho z,, z, la hai nghiém phirc clia phuong trinh 22> +1=0 (trong d6 s6 phirc

z, ¢6 phan do am). Tinh z, + 3z, .
A. z43z,=2i.  B.z+3z,=—2.  C.z+3z,=—2i. D.z+3z,=+2.
Cu 41: Cho s6 phic z =3+ Tinh |2|.
A fz=242. B. [1=2. C. [7|=4. D. [1/=10.
Loi giai

Chon D

Taco |2 =[] =3 +1 =10,

Cau 42: Diém M trong hinh v& dudi day biéu thi cho s6 phirc

A. 3-2i. B. -2+3i. C.2-3i. D. 3+2i.
Loi giai
Chon B
Hoanh 49, tung d6 cua diém M la phﬁn thue, phén 40 cua sb phic < z=-2+3i.
Cau 43: Cho z,, z, |a hai nghiém phtrc clia phuong trinh 2z° +1=0 (trong d6 s6 phitc z, c6 phan 3o am). Tinh

z,+3z,.



A. zl+3zz=x/§.i. B. zl+322=—\/§. C. z,+3z,=—J2i. D. zl+322=\/§.
Loi giai
Chon A

Ay 2,

Ta co: 2Z2+1:0<:> . Khi do: Zl+322:_71+3712

Cau 44: Trong mit phang phic goi M 14 diém biéu dién cho s6 phitc z=a+bi (a,beR, ab=0), M’
1a diém biéu dién cho sb phirc z . Ménh d& nao sau diy ding?
A. M' dbixtmg véi M qua Oy .
B. M' dbixing v6i M qua Ox.
C. M' dbi xing véi M qua duong thang y=x.
D. M' d6i xing voi M qua O.
Cau 45: Trong mit phang phirc goi M 1a diém biéu dién cho s6 phic z=a+bi (a,beR, ab#0), M’
1a diém biéu dién cho sb phirc z . Ménh d& nao sau ddy ding?
A. M' d6i xtmg voi M qua Oy .
B. M' d6i xting véi M qua Ox.
C. M' dbixting véi M qua duong thang y =x.
D. M' d6ixtng voi M qua O.
Loi giai
Chon B
Ta c6 M’ la diém bi€u dién cho s6 phic Z=a-bi = M'(a;—b) nén M’ d6i xtmg véi M
qua Ox .

Cau 46: Goi z, z,,z, 1a banghiém ctia phuong trinh z>=1=0.Tinh S = |z]|+|zz|+|z3|
A. S=1. B. S=4. C.§5=2. D. §=3.
Cau 47: Goi z, z,, z, 1a ba nghiém cla phuong trinh z>—=1=0.Tinh S =|zl|+|zz|+|z3|

A S=1. B.S=4. C.S=2. D. S=3.

Chon D

-1 3

Tacod: z2°-1=0| z=—+—~=;. Do d6: S:|1|+_—1+—
2 2 2

-1 3.
Z=———I

2 2

Céu 48: Trong mit phing phuc, cho sé phirc z=1-2i. Diém biéu dién cho sb phic z la diém nio sau
day
A. M(-1;-2). B. O(1;2). C. P(-1;2). D. N(-2:1).



Cau 49: Trong mit phang phirc, cho sé phitc z =1-2i. Piém biéu dién cho sb phic Z 1a diém nio sau

day

A M(-1;-2). B. 0(1;2). C. P(-1;2). D. N(-2:1).
Loi giai

Chon B

Ta cd: z=1-2i = Z =1+2i nén ¢ diém bicu dién 1a (1;2).

Cau 50: Trong mit phang Oxy, diém M trong hinh v& bén 1a diém biéu dién s phirc z. Sé phirc Z 1a

(o] T

A, -2+i. B.1-2i. C. -2-i. D. 1+2i.

Cau 51: Trong mit phang Oxy, diém M trong hinh v& bén la diém biéu dién s phirc z. Sé phirc Z 1a

A, -2+i. B.1-2i. C.2-i. D. 1+2i.

Chon C
TacO z=2+i=>z=-2—-i.
Céu 52: Cho s6 phiic z=11+i. Piém biéu dién s6 phtc lién hop cua z 1a diém nao dudi day?
A. 0(-11;0). B. M(111). C. P(110). D. N(11;-1).
Cau 53: Cho s6 phiic z=11+i. Piém biéu dién s6 phuc lién hop cua z 1a diém nao dudi day?
A. 0(-11;0). B. M(111). C. P(110). D. N(11;-1).
Loi giai
Chon D
Vi z=11-i nén diém biu di&n s6 phirc lien hop z 1a N(11;-1).
Cau 54: Phan thyc cta s6 phic z =1-2i bang
A. 2. B. —1. C. 1. D. 3.
Cau 55: Phan thuc cta s6 phic z =1-2i bang
A. 2. B. —1. C. 1. D. 3.

Huéng din giai
Chon C

Phan thuc cia s6 phic z=1-2i bang 1.

CAu 56: Cho hai sb phic z, =2+3i, z, =3-2i. Tich z.z, bang:



A. =50, B. 6—6i. C. 5i. D.12+5i.

1

Cau 57: SO phirc nghich dédo z™' cta sé phic z=2-2i 1a

N oLl el b L1,
4 4 4 4 4 4 4 4
CAu 58: Cho hai s phtrc z, =2+43i, z, =3-2i. Tich z,.z, béng:
A. —5i. B. 6-6i. C. 5i. D.12+5i.
Loi giai
Chon D

Tacb z,.2, =(2+3i).(3-2i) =12+5i.

Céu 59: S6 phirc nghich dao z™' cua sb phirc z=2-2i 1a

ALl B. -1 1;. c il p.-1-L;
4 4 4 4 4 4 4 4

Chon C

- 1 2+2i 1 1
Taco z7 = = —+—i.
2-2§ 8 4 4

Cau 60: Cho s6 phirc z=(1+i)" (1+2i). Sé phirc z c6 phan 4o 1a
A. 2. B. 4. C. 2. D. 2i.

Céu 61: Cho s6 phirc z:(1+i)2(1+2i). S6 phirc z ¢6 phan 4o 1a
A 2. B. 4. C. -2. D. 2i.
Loi giai
Chon A
z=(1+i) (1+2) = (1+2i+7)(1+2i) = 2i(1+2i) = 2i+ 4> = 2i =4 cé phan do 1a 2.

Cau 62: S6 phitc z=15-3i c6 phan 4o bang
A. 3. B. 15. C. 3. D. 3.

Cau 63: Cho hai s6 phitc z=3—-5i va w=—1+2i. Diém biéu dién s6 phitc z’ = z—w.z trong mit phing
Oxy c6toa dd la

A. (—4;-6). B. (4,-6). C. (46). D. (—6;—4).

Cau 64: SO phirc z=15-3i ¢6 phan 4o bang
A. -3. B. 15. C. 3i. D. 3.

Loi giai
Chgn A

Cau 65: Cho hai s6 phirc z=3—-5i vd w=—1+2i.Diém bidu dién s8 phttc z' = z—w.z trong mit phing
Oxy cbtoa dd la

A. (—4;-6). B. (4,-6). C. (406). D. (—6;—4).
Loi gidi

Chon A

Taco z'=z—w.z=3+5i—(-1+2i)(3-5i) =3+5i—(7+11i) =—4—6i .



Céu 66: Tim phan thyc va phan 4o cua sb phirc z=3+2i.
A. Phan thyc bang —3 va phan 4o bang —2i. B. Phan thyc bang —3 va phan 4o bang —2.
C. Phan thyc bang 3 va phan 4o bang 2i. D. Phan thuc bang 3 va phan 4o bang 2.

Cau 67: Tim phan thuc va phan 4o ciia s6 phitc z =3+2i.
B. Phén thuc bang —3 va phan 4o bang 2.

A. Phan thyc bang —3 va phan 4o bang —2i.
D. Phan thuc bang 3 va phan 4o bang 2.

C. Phan thyc bang 3 va phan 4o bang 2i.
Loi giai

Chon D
S6 phitc z =3+2i c6 phan thuc bang 3 va phan ao bang 2.

Cau 68: Cho s6 phtic z =2+ 4i . Hiéu phan thuc va phan 4o ciia z bang.

A 2. B. 245. C. -2. D. 6.
Cau 69: Cho s6 phtic z =2+ 4i . Hiéu phan thuc va phan 4o ciia z bang.
A.2. B. 24/5. C. 2. D. 6.
Huéng din giai
Chon C

Phén thuc va phén dolanluotla 2 va 4. Vay hiéu phﬁn thuc va phén docua z béng 2.

Cau 70: Piém M trong hinh v& dudi day biéu dién sb phuc z .

y
M

i |
|
|
|

ol 12 x

S6 phirc z bang
C.3+2i. D. 3-2i.

A 2-3i. B. 2+3i.
Cau 71: Goi z,, z, 1 hai nghiém phtic cia phuong trinh z> —4z+5=0. Gi4 tri clia biéu thirc |zf| + |zz2|

bang.
A. 10. B. 20. C.6. D. 6-8i.
Cau 72: Diém M trong hinh vé duéi day biéu dién s phirc z.
S6 phirc z bang
A. 2-3i. B. 2+3i. C.3+2i. D. 3-2i.
Loi giai

Chon A
Theo hinh vé thi z=2+3i = z=2-3i.
Cau 73: Goi z,, z, la hai nghiém phirc ctia phwong trinh z> —4z+5=0. Gia trj clia biéu thic |le| +|z§|

bang.



A. 10. B. 20. C.6. D. 6-8i.
Loi giai
Chon A
5 z=2-i=z
z7-4z+5=0< ) .
z=2+i=z,

|212|+|222| =|Zl|2+|ZZ|2 =5+5=10.

CAu 74: Cho sb phirc z=1+2i . Diém biéu dién cua s6 phirc z 1a

A. M(-1;2). B. M (-1;-2). C. M(1;-2). D. M(2;1).
Céu 75: Cho phuong trinh z* —4z+5=0 c6 hai nghiém phirc z,, z,. Tinh 4 =|z,|+|z,|+zz,.
A. A=25+245. B. 4=0. C. A=5-245. D. A=5+245.
Cau 76: Cho s6 phtic z=1+2i . Diém biéu dién cuia s6 phirc zla
A. M(-1;2). B. M (-1;-2). C. M(1;-2). D. M(2;1).
Loi giai
Chon C

Taco z=1-2i ¢6 diém biéu dién 1a M (1;-2).
Céu 77: Cho phuong trinh z*> —4z+5=0 c6 hai nghiém phiic z,, z,. Tinh 4= |zl|+|zz|+zlzz.

A. A=25+25. B. 4=0. C. A=5-245. D. A=5+25.
Loi giai

a

hon D

s z, =2+1
z7-4z+5=0& .
z,=2—1i

Do d6: A=z |+|z,|+zz,=5+25.
Cau 78: Cho s6 phtic z=3—4;. Modun clia z bang

A. 25. B.7. C. 1. D. 5
Cau 79: Cho s6 phtic z=3—4;. Modun clia z bing
A. 25. B.7. C. 1. D. 5
Loi gidi
Chon D
Ta c6 |z =43 +(-4)" =5.
Cau 80: S6 phirc nao dudi day 14 s6 thuan a0?
A z=+3+2i. B. z=-2+3i. C.z=2i. D. z=-2.

Céu 81: Trén mit phang toa do Oxy cho diém M trong hinh v& bén la diém biéu dién cua sb phic z .



=

Tim z?
A. z=—4+3i. B. z=-3+4i. C.z=3-4. D. z=3+4i.
Cau 82: S6 phirc nao dudi day 1a s6 thuan a0?
A z=-3+2i. B. z=-2+3i. C.z=2i. D.z=-2.
Huéng din giai
Chon C

Céu 83: Trén mit phang toa do Oxy cho diém M trong hinh v& bén 1a diém biéu dién cua sb phic z .

Ay
o 1 3 X
Tim z?
A, z=-4+43i. B. z=-3+4i. C.z=3-4i. D. z=3+4i.
Huéng dan giai
Chon C

S6 phirc z ¢6 phan thuc @ =3 vaphdndo b=—4 nén z=3—4i.

CAu 84: Cho sb phirc z =—1—4i. Tim phin thuc cua s6 phuc z .

A. 1. B. 1. C. 4. D. —4.
Céu 85: Tim céc sb thuc x,y théa man 2x—1+(1-2y)i=2—-x+(3y+2)i.
3 3 1 1
A. x=Ly=—. B. x=3y==. C.x=3y=—-. D. x=Ly=—.
4 5 4 5 4 5 4 5
Cau 86: Cho s6 phtic z=—1-4;. Tim phan thuc cua s phirc z.
A. -1. B. 1. C. 4. D. 4.
Loi giai
Chon A

Ta ¢6 z=—1+4i. Vay phan thuc ctia s6 phirc z 1a (-1).

Cau 87: Tim céc s6 thuc x, y thoa man 2x—1+(1—2y)i=2—x+(3y+2)i.
3 3 1 1
A.x=1ly==. B. x=3;y=—. C.x=3y=—. . ;
Y 5 Y 5 Y 5

IS
=
Il
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|



Loi giai
Chon D

2x—1=2-x x=1
1

2x—=1+(1-2y)i=2~x+(3y+2) <:>{1—2y=3y+2 - Y=73

Céu 88: Trong mit phing toa do, diém M (—3; 2) 1a diém biéu dién cua sd phuc nao dudi day?

A. z=3+2i. B. z=-3+2i. C.z=-3-2i. D. z=3-2;.
Cau 89: Trong mit phang toa do, diém M (—3; 2) 1a diém biéu dién cuia sd phuc nao dudi day?
A, z=3+2i. B.z=-3+2i. C.z=-3-2i. D. z=3-2;.
Loi giai
Chon B

Diém M (-3;2) 1a diém biéu dién cta s6 phirc z=-3+2i.

Céu 90: Cho bén diém 4, B, C, D trén hinh v& biéu dién 4 sb phuc

khac nhau. Chon ménh dé sai. Ar ______ J_} 11
A. B la bidu didn sé phtc z=1-2i. 1 1
B. D labiéu dién sb phic z=—-1-2i. )
C. C la bidu dién s phic z=—1-2i. et R
D. A 1a biéu dién s6 phitc z =21, by
CAu 91: Cho bbén diém 4, B, C, D trén hinh v& biéu dién 4 s6 phtic khac nhau. Cgon m._%rizh dlg sai
4
20 - 1
ool 1 x
PO S
D !
c 2B
A. B labiéu dién sb phitc z=1-2i. B. D la biéu dién s6 phic z=—1-2i.
C. C labiéu dién sb phitc z=-1-2i. D. A labiéu dién sb phitc z=-2+i.
Loi gidi

Chon B
Theo hinh v& thi diém D 1a biéu dién s6 phitc z=-2—i. Suy ra B sai.

Ciu 92: Ki hiéu z, z, 1a hai nghiém phuc cta phuong trinh z*+z+1=0. Gid tri cla biéu thirc
P =z +z2 +zz, bang:

A. P=-1. B. P=2. C. P=1.

=
N
I
(e}

Céu 93: Diém M trong hinh bén 13 diém biéu dién cua sb phuc z .



yA

=

4@ °

Ménh dé nao duéi day dung?
A. S6 phtic z ¢6 phan thyc 1a 3 va phan ao 1a —4.
B. S6 phitc z phan thyc 1a 3 va phan 4o 1a —4i .
C. S6 phic z phéan thuc 1a —4 va phan ao 1a 3.
D. S6 phic z phan thyc 1a —4 va phan ao 1a 3 .
Ciu 94: Ki hiéu z, z, 1a hai nghiém phac ctia phuong trinh z*+z+1=0. Gid tri cla biéu thirc
P =z +2z2 +zz, bang:
A. P=-1. B. P=2. C. P=1. D. P=0.
Loi giai
Chon D

Z2+z+1=0¢0 z,+z,=-1va z.z, =1
Khidé P=2z"+z+zz :(z +z )z—z z, < P=0
1 2 12 1 2 1°=2 N
Cau 95: Diém M trong hinh bén 1a diém biéu dién cua s6 phic z .

yA

4@ °®

Ménh dé nao duéi day dung?
A. S6 phtic z ¢ phan thyc 1a 3 va phan ao 1a —4.
B. S6 phitc z phan thyc 14 3 va phan 4o 1a —4; .
C. S6 phirc z phén thuc 14 —4 va phan ao 1a 3.
D. S6 phic z phan thyc 1a —4 va phan ao 1a 3 .
Loi giai
Chgn A
DPiém M biéu dién cho sb phirc z=3—4i.

Cau 96: Diém M trong hinh vé& bén bicu dién s6 phirc z. S6 phitc Z bang



(9%]
1
1
1
|
1
N------<s§
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A. 2+3i. B. 2-3;. C.3+2i. D. 3-2i.
Cau 97: Piém M trong hinh v& bén biéu dién s phirc z. S6 phitc Z bing

y
M
3 N
0] 2 X
A. 2+3i. B. 2-3i. C.3+2i. D. 3-2i.
Loi giai

Chon B
Ta c6 M (2;3) la diém biéu dién s6 phirc z=2+3i.
Doddé z=2-3i.
CAu 98: Cho hai sb phic z, =2-2i, z, =—3+3i. Khi d6 s6 phtic z, -z, 1a
A. -5+5i. B. -5i. C.5-5i. D. —1+i.
Cau 99: Cho hai sb phirc z, =2-2i, z, =-3+3i. Khi d6 s6 phtic z, -z, 1a
A. -5+5i. B. -5i. C. 5-5i. D. -1+i.
Loi giai
Chon C
Tacd z,—z,=(2-2i)—(-3+3i)=5-5i.
Cau 100: Tim toa do cua diém biéu dién hinh hoc cta sb phirc z =8—-9i.
A. (89). B. (8;-9). C. (-9:8). D. (8,-9i).
CAu 101: Cho sb phttc z=a+bi, véi a,b e R . Tim ménh dé dang trong cac ménh dé sau?
A. z+z=2bi. B.z-z=2a. C.zz=d’-b. D. |2’|=|[.
Cau 102: Tim toa d6 cua diém biéu dién hinh hoc ctia s6 phirc z=8—-9i.
A. (8;9). B. (8;—9). C. (—9;8). D. (8;—9i).
Loi giai
Chon B

Cau 103: Cho sb phtic z=a+bi, v6i a,b € R . Tim ménh d& dung trong cic ménh dé sau?



Cau 104:

Cau 105:

Cau 106:

Ciau 107:

A. z+z=2bi. B. z-z=2a. C.zz=d'-b". D. |?|=|[ .

Loi giai
Chon D
S6 phirc nao dudi day 1a sé thuan ao ?
A z=-2. B. z=-2i. C.z=2+2i. D. z=—1+~/2i.
S6 phirc nao dudi day 1a sé thuan ao ?
A z=-2. B. z=-2i. C.z=2+2i. D. z=—1+/2i.
Loi giai

Cho s6 phirc z,, z, thoa man |z,|=1 va z,(z,—1+i)—6i+2 la mdt sb thyc. Tim gia tri nho
nhét ctia biéu thirc P = |22|2 —(ZIZ+Z_IZ2 )
A. 18-6v2. B.3-42. C.18+6V2. D. 18-92.

Cho sb phirc z,, z, théa man |Z1|:1 va Z(z2 —1+i)—6i+2 12 mot sb thyc. Tim gia tri nho
nhét cua biéu thirc P = |zz|2 —(zlz+z_lz2 )
A. 18-642. B.3-42. C.18+6V2. D. 18-92.
Huéng din giai

Chon A
bat z, =x+yi, (x,yeR), taco
2, (2, —14i)=6i+2=x"+y* —x+y+2+(x+y—6)i.
Vi z,(z,~1+i)—6i+2 lasd thuc nén x+y-6=0.
Ta cod

2 2 2 2 2
P=|Zz| +|Zl—22| —|Z,| —|22| :|Z]—Zz| —-1.
Goi 4 la diém biéu dién s6 phirc z,, suy ra 4 ndm trén duong tron (C) tim O ban kinh
r=1.
Goi B 1a diém biéu dién sb phirc z,,suyra B nam trén duong thang A:x+y-6=0.

Tacd P=AB*—1.

Ma ABzd(O;A)—r=M—1=3\E—1.

J2
Nén Pz(3ﬁ—1)2—1=18—6ﬁ.

Dau “=" xay ra khi va chi khi B 1a hinh chiéu vudng goc cia O trén A va A4 la giao diém cua

doan OB v6i duong tron (C).



Cau 1: (THTT S6 1-484 thang 10 nam 2017-2018) Ki hi¢u z, 1a nghiém phtic c6 phan thyc 4m va phan

ao duong ctia phuong trinh z? +2z+10=0. Trén mit phang toa d¢, diém nao dudi day la diém

biéu dién s6 phic w=i""z,?
A M(3; -1). B. M (3; 1). C. M(-31). D. M(-3; —1).
Loi giai
Chon D
. z=—1+3i .
Taco: z7+2z+10=0< -3 Suyra z, =-1+3i.
z=-1-3i

w=i""z =i (-1+3i)=-3—i.
Suy ra : Piém M(—3; —1) biéu dién s6 phirc w.

Cau 2: (THPT Chuyén Quang Trung-Binh Phudc-Ian 1-nim 2017-2018) Cho sb phiic z théa man:
z(2-1)+13i =1. Tinh mé dun ciia sb phirc .

A. |2|=34. B. |2|=+/34. C. |z|=@. D. |z|=—5\/3§.
Loi gidi

Chon B

Cich 1: Taco z(z—i)+13i=1:>z:%:>|z|=|1|2_13.|"|=\/§.
—1 —1

2
L IR
5 5

1- 131

Ciach 2: Dung may tinh Casio bam |z| ‘
—i

Cau 3: (THPT Chuyén Quang Trung-Binh Phudc-Ian 1-nam 2017-2018) Trong mét phang phtc, goi
. L x . —\2 .
M 1a diém biéu didn cho sb phitc (z—z) véi z=a+bi (a, beR,b#0). Chon két lugn

ding.

A. M thudc tia Ox . B. M thudc tia Oy .

C. M thudc tia d6i cua tia Ox . D. M thudc tia ddi cua tia Oy .
Loi giai

Chon C

Goi z=a+bi

(z-2) =(a+bi-a+bi) =—4p*.

Ciu 4: (THPT Chuyén Quang Trung-Binh Phuéc-Ian 1-nam 2017-2018)Tim s6 phic z thoa min
|z=2|=]|z| va (z+1)(z —i) 1as6 thyc.
A. z=1+2i. B. z=-1-2i. C.z=2-1 D. z=1-2i.
Loi giai
Chon D



Goi z=x+iy vbi x,y € R ta cd h¢ phuong trinh

[7=2|=] - (x=2) +y" =x"+) - (x-2) +)* =x*+)
(Z+1)(E—i)ER (x+1+iy)(x—iy—i)eR (x+1+iy)(x—iy—i)eR

x=1 x=1
& =
{(—x—l)(y+l)+xy=0 {y=—2
Cau 5: (THTT S6 2-485 thang 11-nam hoc 2017-2018) Cho bbn diém M, N, P, Q la cic diém trong
mit phang phuc theo thir tu biéu dién cac sé —i, 2+i, 5, 1+4i. Hoi, diém nao 1a trong tAm
cua tam gidc tao bdi ba diém con lai?
A. M. B. N. C.P. D. Q.
Loi giai
Chon B
Toa d¢ céc diem: M (0;-1), N(21), P(50), O(L4).
0+5+1:2
3 nén N la trong tdm cda tam giac MPQ.
-1+0+4

=1
3

D@ thiy

Cau 6: (THTT S& 2-485 thang 11-nim hoc 2017-2018) Trong cac sd phirc: (1+i)3, (1+i)4, (1+i)5,

.\ 6 A , \ N A 4 A 5
(1+i)" so phirc nao 1a s6 phirc thuan ao?

A. (1+i). B. (1+i)", C. (1+i), D. (1+i)".
Loi giai

Chon D

Tacod (1+i) =1+2i+i* =1+2i—1=2i.

Do do:

V(1+i) =(1+i) (14+i) = 2i(1+i) = 2i + 21> =2+ 2.
v (1+0) =(1+i) (1+i) =2i2i =4 = 4.
v (14i) =(144) (14+i) =—4(1+i) =4 —4i.

2

v (1) = () | = (20) =8

Cau 7: (TT Diéu Hién-Cin Tho-thang 10-nam 2017-2018) Cho s6 phirc z thoa man (I+i)z=—1+3i.

Hoi diém bicu dién ctia z 1a diém ndo trong cac diem M, N, P, O & hinh duéi day?



YA
N__2 M
0
-1 0 1 X
P50
A. Piém Q. B. Diém P. C.Piém M . D. Diém N .
Loi giai
Chon C
_ P (—-1+3i)(1-i) - 4§ . : x 2 .2
Tacod z= 1+3l:( l)( l): 1+3+3Z+Z:1+2i.Dod(’)c‘l‘iémbiéudiénséphl'xcz12‘1dlém
1+ 2 2
M(12).

Cau 8: (TT Diéu Hién-Cin Tho-thang 11-nam 2017-2018) Phin thyc va phan 4o cua sd phic
z=(1+2i)i lan luot 1a
A lva2. B.2val. C.1va-2. D. 2 val.
Loi gidi
Chon B
Ta ¢6 z=(1+2i)i=-2+i. Vay phan thyc ciia s0 phitc z bing —2 va phén 4o cua sé phirc z
béng 1.
Cau 9: (TT Diéu Hién-Can Tho-thang 11-nam 2017-2018) Goi z, la nghiém phtc c6 phan 40 4m ctia
phuong trinh z> +2z+3=0. Toa d6 diém M biéu dién sb phirc z, la:
A.M(—l;—\/i). B. M(-1;2). C. M(-1;-2). D.M(—l;—ﬁi).
Loi gidi
Chon A
Ta c6: A'=1-3=-2=2i" nén phuong trinh z> +2z+3=0 ¢6 hai nghiém phirc 1a z =—1+~/2i.
Do nghiém can tim c6 phan a0 4m nén z, =-1 ~2i. Vay M(—l;—\/z).

Cau 10: (TT Diéu Hién-Cin Tho-thang 11-nim 2017-2018) Diém biéu dién ctia cac s phic z =7+ bi
v6i b e R nam trén duong thang c6 phuong trinh la:
A y=T7. B.x=7. C.y=x+7. D.y=x.

Loi giai
Chon B

Diém bicu dién cua cac s6 phirc z=7+bi véi beR la M(7; b).



RS rang diém M (7; b) thuge duong thang x=7.

Cau 11: (TT Diéu Hién-Can Tho-thang 11-nim 2017-2018) Cho sb phtic z thoa min: z =

Tim modun cia z +iz.
A. 42, B. 4. C. 82, D. 8.
Loi giai
Chon C

(1+\/§i)3 _

T Sz=-A4-4i=z=-4+4
—1i

iz=i(-4—4i)=—4—4i

Z =

z4iz=—d—di+(—4—4i)=-8-8i

|2 +iz| = (-8)" +(-8)" =8+2

(1+\/§i)3

1—1i

Cau 12: (TT Diéu Hién-Cin Tho-thang 11-nim 2017-2018) Cho s phtic z théa min dicu kién

(1+4i)(z—i)+2z=2i. Mddun cua s6 phirc w:$ la:

A. 0. B. 8. C. 10,
Loi giai
Chgn A

Tacod (1+i)(z—i)+2z=2i=(3+i)z=-1+3i = z=i.

z=2z+1 —i-2i+1
Suy ra w= = >

= =-1+3i.
z 1

Vay |w|=\/E.

Cau 13: (TT Diéu Hién-Can Tho-thang 11-nim 2017-2018) Cho z 1a s6 phiic c6 mo-dun bang 2017

. OIS | 1
va w la so phtc thoa man —+—=
z W z+w

A.2015.B. 0. C.1. D. 2017.
Loi gii.
Chon D
—~+ 7
Tac()l+l: ! :>(Z+W)2:ZW©W2+WZ+Z2:0<:>W:—Z_Z\/§Z.

z w zZ+w

3 —z—z3i 1+i\/3
OVc’riw:ﬂ:M: St YO e B PP
2 2 2
_ : —z+23i 1-i\/3
oVé‘iw:%\@:M: —— e =207,

. M6 dun cta so phuc w la:



Cau 14: (THTT S6 3-486 thang 12 nam 2017-2018) Tinh mddun sé phirc nghich d4o cta sd phtic
A\ 2
z= (1 — 21) .

A L. B. /5. c. L.

NG 25

S
| —

Chon D
Cach 1:
Tacd z=-3-4i.

1 1 3 4.
Suyra —= =——+—1.
z —3-4i 25 25

2 2
Nén |z| = (;—g’j +(2i'5} =%.

Cach 2: Taco z=-3-4i. Do do

1

V4

1
2l J(-3) (-4 S

Cau 15: (THPT Chuyén Lé Hong Phong-Nam Dinh-Iin 2 nam 2017-2018) Cho sb phirc z théa min
z+4E:7+i(z—7). Khi d6, moédun ciia z bang bao nhiéu?
A. |Z|=5. B. |Z|=\/§. C. |Z|=\/§. D. |Z|=3.
Loi giai
Chon C
bat z=a+bi véi a, beR.Khidd z=a—-bi.
Taco z+4z=T+i(z-T7) <= a+bi+4(a—bi)=T+i(a+bi—7T)
S a+bit4a—4bi=T+ai-b-Ti < 5a+b—(a+3b)i=7-7Ti

Sa+b=17 a=1

<~ <~ .
a+3b=17 b=2

Do d6 z=1+2i. Vay |2|=+/5.

Ciu 16: (THPT Chuyén Lé Hong Phong-Nam Dinh-lin 2 nim 2017-2018) Cho sb phtc z théa méin
(1+43i)z—5=7i. Ménh dé nao sau day dung?

A =B 4 B.z--3_3; c.z=_B_ % D.z=3.23;
5 5 5 5 5 5 5 5
Loi giai
Chon D
Taco: (143i)z-5=Tie =21 4, 2 13, 4,
1+3i 5 5 5

CAu 17: (Dé tham khdo BGD nam 2017-2018) Goi z, va z, 1a hai nghiém phuc cta phuong trinh
4z° —4z+3=0. Gid tri ctia biéu thirc |z, |+|z,| bang

A 32, B. 243. C.3. D. 3.
Loi giai
Chon D



Tacod: 422 —4z+3=0 <

1 2
Khi do: |z,|+|z,| = (5) +[



2 1
Cau 1: (THPT Dixc Tho-Ha Tinh-lin 1 nim 2017-2018) Cho [ f(x)dr=a. Tinh 7= [x.f(x* +1)dx
1 0

theo a.
A. I=2a. B./=4a. c1=4, pD.7=2.
2 4
Loi giai
Chgn C

bit 1 =x* +1 = dr = 2xdx :xdx:%

1 2
DPoican x=0=1r=1 va x=1=¢=2.Khi do: I=J.x.f(x2+1)dx =%If(t)dt.
0 1
Do tinh chét ctia tich phan 14 tich phan khong phu thudc vao bién s tich phan nén

if(t)dt =jf(X)dx=a suy ra 1:%_

Cau 2: (THTT S6 4-487 thang 1 nam 2017-2018) Cho s8 phitc z = a+bi (trong d6 a, b 1a cic s8 thuc théa
man 3z—(4+5i)z=-17+11i.Tinh ab.
A.ab=6. B. ab=-3. C.ab=3. D. ab=-6.
Loi giai
Chon A
Taco z=a+bi =z=a—bi.
Khi d6 3z—(4+5i)z=-17+11i & 3(a+bi)—(4+5i)(a—bi)=-17+11i

) ) —a—-5b=-17 a=2 )
& (-a—5b)—(5a-7b)i=-17+1li = =z=2+3i.
—Sa+7b=11 b=3
Vay ab=6.
Cau3: (THTT S0 4-487 thang 1 nam 2017-2018) Téng céc nghiém phirc clia phuong trinh z° +2° -2 =0 14
A. 1. B. —1. C.1-i. D. 1+i.
L&i gidi
Chon B
Z:1 Z:l
Tacé 23+Zz—2=0<:>(Z—1)(22+2Z+2)=0<:> ) , &
(Z+1) =-1=i z=—1%i

Do d6 téng cac nghiém phircclia z° +z° -2 =0 13 1+(—1+i)+(—1—i) =-—1.

Cau 4: (THTT S6 4-487 thang 1 nam 2017-2018) Trén mit phang phirc tap hop céc s6 phirc z = x + yi thoa
man |Z+2+i| = |E—3i| la duwdng thang cé phwong trinh
A. y=x+1. B. y=—x+1. C.y=—x-1. D. y=x-1.
Lo gidi
Chon D
T z=x+yi=>z=x-Yi.

Do d6 [x+ yi+2+i|=|x—yi—3i| < |(x+2)+(y+1)i| = |x—(y+3)i]

<:>()c+2)2+(y+1)2 :)c2+(y+3)2 S4x+2y+5=6y+9<< y=x—-1.



2
2 .
Cau 5: (THPT Chuyén PH KHTN-Ha Noi nam 2017-2018) Tich phén I ﬁdx bang.
p 24Xt

A. 2In5. B. %lnS. C. In5. D. 4In5.
Loi giai
Chon C
2
Ta céd J‘ dx=1n|2x+l||2 =In5.
2x+1 0

0
Ciu 6: (THPT Chuyén DH KHTN-Ha No6i nam 2017-2018). Tap hop tat ca cac diém biéu dién cic s6
phturc z thoa man: ‘; +2- i‘ =4 1a duong tron c6 tim / va ban kinh R 1an luot 1a:
A. I(-2-1);R=4. B.I(-2-1);R=2. C.I(2;-1);R=4. D.I(2-1);1(2-1).
Loi giai
Chon A
Goi s0 phitc z=x+iy(x,y eR)
Ta co:
z+2-i]=4 e |(x+2)+(-y-1)i[=4 o (x+2) +(y+1)" =16
Vay tap hop tit ca cac diém biéu dién cac s6 phirc z théa man: ‘Z+ 2—1" =4 la duong tron co
tam /(—2;—1)va co ban kinh R=4.
Cau 7: (THPT Chuyén Hoang Van Thu-Hoa Binh nam 2017-2018) Trong tip s6 phic C, chon phat
biéu dung ?

A. z, +z, =Z_1+Z. B. z+Z la sb thuan ao.
C. |Z1+Zz|:|21|+|Zz|- D. Zz—(E)2 =4ab véi z=a+bi.
Loi giai
Chon A
Xét zy=x+yi, z, =m+ni (x, y, m, neR).
n+z,=(x+m)+(y+n)i=z+z, =x+m—(y+n)i

Taco - __ = A dang.
{Zl +2z, z(x—yi)+(m—ni)=x+m—(y+n)i

|Z1 +Zz| z\/(x+m)2 +(y+m)2 va |Zl|+|22| z\/x2 +y° +~m* +n* nén C sai.
Laico z+Z =(a+bi)+(a—bi)=2a= B sai.
z —(3)2 = (a+bi)2 —(a —bi)2 = (a2 -b’ +2abz’)—(a2 -b* —Zabi) =4abi = D sai.
Cau 8: (THPT Chuyén Hoang Vin Thu-Hoa Binh nam 2017-2018) Cho s phirc z théa mén

z—3+i=0.Modun cua z bing

A. 10, B. 10. C.\3. D. 4.
Loi giai
Chon A

Tacod z-3+i=0&z=3-i > z=3+i=|z|=v3"+1* =4/10.



Ciu 9: (THPT Hau Loc 2-Thanh Héa nam 2017-2018) Ki hiéu z, 1a nghiém phirc co phén 40 am cua
phuong trinh 42> —16z+17 = 0. Trén mit phang toa d6 diém nao dudi day 1a diém biéu dién s6

phic w=(1+2i)z —%i?

A. M(—Z;l). B. M(3;—2). C. M(3;2). D. M(2;1).
Loi giai
Chon C
4 =2—li
Tacod: 42 —16z417=0< 21 .
Z, :2+Ei

Khi d6: w=(1+2i)z, —%i = (l+2i)(2—%i}—%i =3+2i = toa d0 diém bicu dién sb phirc w

1a: M (3;2).



Cau 1: (THPT Phan Chau Trinh-DakLak-Ian 2 nim 2017-2018) Cho hai s6 phirc z =—1+2i,

z,=—1-2i. Gia trj ctia biéu thirc |z | +|z,| bing

A. 10, B. 10. C. -6. D. 4.
Loi giai
Chon B

2

Taco |z +|z,|" =(\/(—1)2 +2? )2 +(\/(—1)2 +(—2)2) ~10.

Ciu 2: (THPT Phan Chau Trinh-DakLak-Iin 2 niam 2017-2018) Cho sb phiic z=a+bi,

(a,b € R)théa man Z—_l =1va 2_3_i =1.Tinh P=a+b.
zZ—1 z+1
A. P=7. B. P=-1. C.P=1. D. P=2.
Loi giai
Chon D
Taco |Z=L =1 |z-1=|z-i| ©|a—1+bi|=|a+(b-1)i] < 2a—2b=0(1).
zZ—1
Z_+3.i :1<:>|z—3i|:|z+i|<:>|a+(b—3)i|=|a+(b+1)i|<:>b=1 ).
Z+1

a=1

Tu (1) va(2)taco {b .Vay P=2.

Cau 3: (THPT Kinh Mo6n-Hai Dwong lin 1 nim 2017-2018) Cho s6 phiic z thoa man:
(3+2i)z+(2 —i)2 =4+ . Hiéu phan thyc va phan ao cta sd phic z 1a
A. 3. B. 2. C. 1. D. 0.
Loi giai
Chon D
Taco (3+2i)z+(2—i) =4+i & (3+2i)z=d+i—(2-i)
1+5i
3+2i
= phan thyc cta sé phirc z 1a @ =1, phan 4o ctia s6 phtc z 1a h=1.
Vay a-b=0.

< (3+2i)z=1+5i o z= Sz=1+i

Cau 4: (THPT Can Loc-Ha Tinh-lan 1 nam 2017-2018) Cho sO phtc z =1+i va z, =2-3i.
Tim sO phtic lién hgp cua sO phtic w=z,+z,?
A w=3-2i. B. w=1-4i. C. w=—1+4i. D. w=3+2i.
Loi giai
Chon D
Vii z,=1+i va z,=2-3i nén w=z,+z, & w=(1+2)+(1-3)i=3-2i & w=3+2i.
Cau 5: (THPT Can Loc-Ha Tinh-lan 1 nim 2017-2018) Goi z, z, la cdc nghiém cua

phuong trinh z°+2z+10=0 trén tap hgp s0 phtc, trong dé z, la nghiém cé



phan ao duong. Trén mat phang toa do, diém nao dudi day la diém biéu
dién s6 phttc w=3z,-2z,.
A. M (-115). B. M (15,-2). C. M (-215). D. M(15;-1).
Loi giai
Chon A

z, =—1+3i

2 4+22410=0 @{ Cw=3z~2z, =3(~1+3i)-2(~1-3i) =—1+15i

z,=—1-3i

Vay diém M (—1;15) bicu dién s6 phirc w=3z, - 2z,.

Cau 6: (THPT Can Léc-Ha Tinh-lan 1 nam 2017-2018) Biét z=a+bi (a,beR) la s6 phtrc
thoa man (3-2i)z-2iz=15-8i. Tong a+b la
A.a+b=5. B.a+b=-1. C.a+b=9. D. a+b=1.
Loi giai
Chgn A
Tacd z=a+bi =>z=a—bi.
Theo dé bai ta co
(3-2i)z-2iz=15-8i <> (3-2i)(a+bi)-2i(a—bi)=15-8i <> 3a—(4a—3b)i=15-8i

3a=15 a=5 (A
= = .Vay a+b=9.
4a-3b=8  |b=4

Cau 7: (THPT Hong Linh-Ha Tinh-lin 1 nim 2017-2018) Cho sd phic z thoa man

(3+2i)z+(2 —i)2 =4+ . Hiéu phan thyc va phan a0 ciia sé phitc z bang

Al B.O. C. 4. D. 2.

Loi gidi

Chon D

4+i—(2—l')2 _Si+l
3+2i 3+2i

Suy ra z =1—i. Vay hiéu phan thuc va 4o ctia z bang 2.

(3+2i)z+(2-i) =4+i = z= 1+

Cau 8: (THPT Lé Quy Pon-Quing Tri-Iin 1 nam 2017-2018) Cho s6 phirc z = —%+§i. Tim s
phttc w=1+z+z".

A. 2-J3i. B. 1. C.0. D. —St

Chgn C
1 3. 1 BY
w=l+| —+—i |+| ——+—i| =0.
2 2 2 2

Céu 9: (THPT L& Quy Pon-Quing Tri-lan 1 nim 2017-2018) Tim phﬁn thue va phﬁn 4o cua sd phuc
z} +z; biét z,, z, 1a hai nghiém phtrc cta phuong trinh: 2> —4z+5=0.
A. 4. B. 6. C. 8. D. 5.



Loi giai
Chon B
Do z, va z, la nghiém phuong trinh nén z, +z,=4 va zz, =5.

Taco 22 +22 =(z,+2,) —222, =4 -2.5=6.
Ciu 10: (THPT Pitc THo-Ha Tinh-Iin 1 nam 2017-2018) Tinh médun cta s phic z théa man:
322 +2017(z—2)=48-2016i.
A. |Z|=4. B. |Z|=m. C. |Z|=W. D. |Z|=2.
Loi giai
Chgn A

Goi z=x+yi,voi x,yeR

Ta 6 32.2+2017(z—%)=48-2016i < 3|2 +2017[ (x+yi)—(x—yi)|=48-2016i

2
3|2 =48 o =16
22017y =-2016 |y=——0

2017

Cau 11: (THTT s 6-489 théng 3 nim 2018) Cho sb phitc z=a+bi (a,beR) théa min

a+(b-1)i= Trzl. . Gid tri nao dudi day la modun cua z ?
—2i
A.S. B. 1. c. J1o. D. 5.
Loi gidi
Chon D
Xét w=1+3l =—1+i ma a+(b—1)i=1+3l =>a+(b-1)i=-1+i = ¢
1-2i 1-2i b=2

Véy modun cua z la |Z| =5.

Ciu 12: (THPT Chuyén Ha Tinh-1an 1 nam 2017-2018) Goi z, va z, la hai nghiém cia phuong trinh

2z° +62+5=0 trong d6 z, c6 phan 4o 4m. Phan thuc va phan 4o cta sb phic z, +3z, lan luot

la
A. —6;1. B. -1;-6. C. —6;—-1. D. 6;1.
Loi giai
Chon C
3 i

Z=—=+—
Taco 222 +6245=0 23 i.Suyra 2,432, = —6-i

Zy=————

Vay Phan thuc va phan 4o ciia s6 phtic z,+3z, lan Iuot 14 —6;—1.
Cau 13: (THPT Chuyén Ha Long-Quing Ninh Iin 2 nim 2017-2018) Cho s6 phirc z théa man diéu
kién (1+i)(2+i)z+1—-i=(5—i)(1+i). Tinh mddun cta s phirc w=1+2z+2>.

A. 100. B. +/10. C. 5. D. 10.



Cau 14:

Loi giai

Chon D

Ta co

(L+)(2+0)z+1-i=(5-i)(1+]) & (1+3])z41-i=6+4i & (143i)2=5+5i & 2= T?
+3i

w| =8 +6" =10

< z=2-iSuyra w=1+2z+2"=8-6i,

(THPT Chuyén Ha Long-Quing Ninh Ian 2 nam 2017-2018) Cho sb phirc
z=a+bi(a,beZ) théamin |z+2+5i|=5 va zZ =82. Tinh gié trj clia bicu thic P=a+5b.
A. 10. B. -8. C. -35. D. -7.

Loi giai
Chon B
2 2 —5b—43
. = a=—-——(1
Theo gia thiét ta co \/(a+2) +(b+5) 5<:> 2 ( )
a’+b* =82 a’+b’ =82 (2)
b=-9
Thay (l) vao (2) ta dugc 29b> +430b+1521=0 < 5 -169
29

VibeZ nen b=-9=a=1.Dodd P=a+b=-8.

Cau 15: (THPT Chuyén Phan B6i Chau-Ian 2 nim 2017-2018) Biét phuong trinh z* +az+b=0 co

Cau 16:

mot nghiém z=-2+i. Tinh a—5b?
A.9. B. 1. C. 4. D. -1.
Loi gii
Chgn A
Phuong trinh z* +az+b =0 c6 mdt nghiém z=-2+i nén tacod: (-2+i) +a(-2+i)+b=0
) 2a-b=3 a=4
<:>(—2a+b+3)+(a—4)1=0 = = .
a-4=0 b=5
Vay a-b=-1.

(PTNK-DHQG TP HCM-Ian 1 nam 2017-2018) Cho m 1a sd thuc, biét phuong trinh
z* +mz+5=0 co hai nghiém phirc trong d6 c6 mot nghiém c6 phan 4o 1a 1. Tinh tong modun
cua hai nghiém.
A. 3. B. /5. C. 245. D. 4.

Loi giai
Chgn C
Cich 1: Phuong trinh z° +mz+5=0 c6 hai nghiém phitc z,, z, thi hai nghiém phirc 1a hai sO
lién hop cua nhau nén |Zl| + |Zz| = 2|Zl| .
Goi z, =a+i, (a R ) la mot nghiém cua phuong trinh.
Taco: (a+i) +m(a+i)+5=0 < (a’ +ma+4)+(2a+m)i=0

hoic <

a+ma+4=0 a’-2a*+4=0 a=2 a=-2
= = =
m=—4 m=4

2a+m=0 m=-2a

Suyra z, =2+i hodc z, =-2+i.Do d6 z, =-2+i.



Vay |Zl|+|22| =2.5.
Cach 2: Taco A=m’ —20
Phuong trinh c6 hai nghiém phtrc thi A <0 < 2J5<m<24/5.

m ~N20—m? m 20—m?

Khi @6 phuong trinh ¢6 hai nghiémla z =——+——i va z, =—————— |
p g gnig 1 5 > 2 ) 5

_ 2
Theo d& % =1 m =14 (t/m).

L . oo 5 zy==2+4+i _ |z;=2+i
Khi d6 phuong trinh tr¢ thanh z" +4z+5=0& _hodc '

Z, ==2—1I
Vay |z,]+]z,| =245 .

2018

. 2018
Ciu 17: (PTNK-DHQG TP HCM-l4n 1 nim 2017-2018) Tinh P = ‘1 +\/§i‘ +‘1 Y

A. P=2. B. P=2"", C. P=2"", D. P=4.
Loi giai
Chon C
Ta co
2018 2018 2 2018 2 2018
Pl 3" i3 :[ 12+(\/§)j ( 12+(_J§)j

— 2018 | 52018 _ 52019

Ciu 18: (THPT Chuyén DH Vinh - lan 1 - nam 2017 — 2018) Goi z,, z, la cdc nghiém
cia phuong trinh z° —8z+25=0. Gi4 tri |z, - z,| bang
A.8. B.5. C.6. D.3.
Loi gidi
Chon C
z,=4+43i
z,=4-3i
Vay |z, - z,| = |(4+3i)—(4-3i)| =|6i| =6.

Xét phuong trinh z° —8z+25=0 < [

Cau 19: (THPT Tay Thuy Anh - Thai Binh — Ian 1 - nam 2017 — 2018) Cho hai s6 phtic

z=(a-2b)—(a-b)i va w=1-2i . Biét z=wi.Tinh S=a+b.

A S=-7. B.S=-4. C.S=-3. D.S=7.
Loi gidi

Chgn A

a-2b=2 a=—4
Taco z=(a—2b)—(a—b)i =(1-2i)i =2+i :
aco z=(a—2b)—(a—b)i =(1-2i)i H:{—aer:l {

Vay S=a+b=-7.
Céu 20: (THPT Quang Xwong I - Thanh Hoa — nam 2017 - 2018) Goi z, va z, 1a hai nghiém cua

phuong trinh 22> +~/3z+3=0. Khi do, gia tr z> + 2> 1a

A2 B. 2. C. 9. D. 4.

4 — 4



Loi giai
Chon B

Theo dinh ly Vi-ét, tacé z +z, = —73 Va z.z, ==

2

zl+z :(z, +22)2 -2z,.z, =(—§J —2~% =%—3 = —%.
Ciu 21: (THPT Chuyén DHSP - Ha N6i - Lan 1 nam 2017 - 2018) Cho i 1a don vi 0. Goi S la tap

hop céc s6 nguyén duong n co 2 chir s6 thoa min i" 1a sb nguyén duong. S6 phan tir ciia S 1a

A. 22. B. 23. C. 45. D. 46.

Loi giai

Chon A

Ta c6 i" 1a s6 nguyén duong khi n=4k, (keZ). Viso nguyén duong n co 2
10<4k <99 {2,5 <k <24,75

=

suy ra ¢ 24-3+1=22 s0.
kel kel

chit sO nén {

Cau 22: (THPT Kim Lién — Ha N6i - Lan 2 nam 2017 — 2018)Cho s6 phitc z=a+bi khac 0

(a,beR). Tim phan o cua so phic z™'.

a b -bi -b
. . B. . C.——. D. .
a’+b* a’+b* a’+b* = 4t +b’
Loi giai
Chon D
1 1 a->bi a ) ) -b
Taco z'=== = = + i.Vayphanaocua z' 1a }
z a+bi a’+b° a+b at+b’ P a’ +b’

Céu 23: (THPT Tran Pht — Ha Tinh - Lin 2 nam 2017 — 2018)T4ap hop cac diém biéu dién cho sb
phirc z thoa mn |z—3+4i|=5 1a
A. Mot duong tron. B. Mot duong thang.  C. Mot duong parabol. D. Mot duong Elip.
Loi giai
Chgn A
Tap hop diém biéu dién cho s6 phtic z 1a dudng tron tim / (3; —4) ,bankinh R=5.
Cau 24: (THPT Quynh Luu 1 - Nghé An - Lan 2 nam 2017 — 2018) Goi 4, B 14 hai diém biéu
dién hai nghiém phtrc ctia phuong trinh z* +2z+5=0. Tinh d6 dai doan thang 4B :
A. 6. B. 2. C. 4. D.12.
Loi giai
Chon C
z=—1+2i
suyra A(-1;2) va B(-1;-2). Vay AB=4.

Tacod: z2+2z+5=0 <
z=—1-2i

Ciu 25: (THPT Quynh Lwu 1 - Nghé An - Lan 2 ndm 2017 - 2018) Trong tat ca cac sd phuc z

, 801 80 phirc z =a+bi 1a s0 phirc c6 moédun nhd

, - Y R z+zZ
théa man diéu kién sau: |z + 1| = ‘T+ 3

nhit. Tinh S =2a+5h.



A. 0. B. 4. C.2. D. -2
Loi giai
Chon C

z+zZ

Taco |z+1]= +3

& |(a+1)+bi|=|a+3] = (a+1) +b =(a+3)" = b* =4a+8.

Dodo |z =a’ +b*=a’ +4a+8 =(a+1) +42 4.

min|z|=2 khi va chi khi z=-1+4i.Suyra S=2a+b=2

Céu 26: (SGD Quang Nam — nam 2017 — 2018) Cho sb phic z thoa man |z+3-4i|=5. Biét

rang tp hop diém trong mit phang toa d6 biéu dién céc sd phic z 1a mot duong tron. Tim toa
do tam / va ban kinh R cua dudng tron do.

A.1(3;-4), R=~/5. B.I(-3;4), R=+/5. C.1(3-4), R=5. D.I(-34), R=5.
Loi giai

Chon D

Dit z=x+yi (x,yeR).Khido |[z+3-4]=5 (x+3)" +(y—4) =25.

Vay tap diém biéu dién s6 phuc z 1a dudng tron tim 7 (—3;4) ,ban kinh R=5.

Cau 27: (SGD Quang Nam — nam 2017 — 2018) Tong phan thyc va phan a0 cua sé phic z
thoa man iz +(1-i)z =—2i bing
A 2. B. 2. C.6. D. —6.
Loi gidi
Chgn C
bat z=x+yi (x,yeR).Khido iZ+(l—i)E=—2i<:>i(x+yi)+(1—i)(x—yi)=—2i

x—2y=0 {x:4
=

S(x=2y)—-yi=-2i<s ,suyra x+y=26.
(x-2y)-y {y:Z o2 SW y

Cau 28: (DHOQG TPHCM - Co S6 2 — nam 2017 — 2018) Ki hiéu z, 1a nghiém phirc ctia
phuong trinh 42> —4z+3=0 sao cho z, c6 phan 40 14 s6 thyc 4m. Piém M biéu dién sb phirc
w=-2z, thudc goc phan tu nao trén mit phing phuc?

A.Gécphantu (I).  B.Goéc phan tu (II).
C. Goc phan tu (Ir).  D. Goc phan tu (V).

Loi giai
Chon B

422—4Z+3=0®Z=%i%i.

Do d¢6 z, =%—%i =>w=-2z, =—1+42i.
= w c6 diém biéu dién 1a M(—l;\/z) nam & goc phan tu thir (H).

Céu 29: (THPT Chuyén DH Vinh — Lan 2 — nam 2017 — 2018) Phuong trinh bic hai nio
sau day c6 nghiém 1+2;?
A. 22 =2z+3=0. B. z°+2z+5=0. C.z°-2z+5=0. D. 22 +2z+3=0.



Loi giai
Chgn C
Vi 1+2i la nghiém cta phuong trinh bac hai az’ +bz+c=0 nén 1-2i ciling 1a nghiém cua
phuong trinh bac hai az*> +bz+c¢=0.

1+2i)(1-2i)=5
Ta c6 (1+20)(1-21) suy ra 1+2i 1a nghiém ctia phuong trinh bac hai z> —2z+5=0.
1+2i+1-2i=2

Cau 30: (THPT Chuyén DH Vinh - Lan 2 — nam 2017 — 2018) C6 bao nhiéu sb phic z
thoa man (1+i)z+(2—i)z=13+2i?
A. 4. B. 3. C. 2. D. 1.
Loi giai

Chon D
Goi z=a+bi, a,pbeR. (1+i)z+(2-i)z=13+2i & (1+i)(a+bi)+(2-i)(a—bi)=13+2i
< (a—b)+(a+b)i+(2a—b)—(2b+a)i=13+2i

3a-2b=13 a=3 )
= = =z=3-2i.

P
Vay c¢6 mot s6 phirc thoa mén yéu cau bai toan.



CAu 1: (SGD Thanh Hoéa — nam 2017 — 2018) Goi 4, B,C lan luot 1a cac diém biéu dién cua cac sb phuc
z, =2, z,=4i, z; =2+4i trong mat phfmg toa d0 Oxy. Tinh dién tich tam giac ABC.

A. 8. B.2. C.6. D. 4.
Loi gidi

Chon D

Taco 4(2;0), B(0;4), C(2;4) suyra AC =(0;4); BC =(2;0) = AC.BC =0.

Do d6 tam gidc ABC 1a tam gidc vuong tai C. Suyra S, .. = %CA.CB = %.4.2 =4.

Cau 2: (Tap chi THTT - Thang 4 nam 2017 — 2018) Cho s6 phirc z thoa man |Z| =2. Tap hop diém biéu

di&n s6 phitc w=(1-i)z+2i la

A. Mot duong tron. B. Mot duong thing.

C. Mot Elip. D. Mét parabol hodc hyperbol.
Loi giai

Chon A

Tacé: w=(1-i)z+2i & w=2i=(1-i)z = |w-2| =|(1-i)||| = w-21]=22.

Do d¢, tap hop diém biéu dién s6 phirc w 1a dudng tron tim 7(0;2) va ban kinh 2.

Cau 3: (Tap chi THTT — Thang 4 nam 2017 — 2018) Cho hai s6 phirc z,, z, théa man |zl| =1, 22| =2 va
|2, +2,|=3. Gid tri clia |z, —z,| 1a
A. 0. B. 1. C.2. D. mot gia tri khac.
Loi giai
Chon B
Cach 1:

Str dung cong thire hinh binh hanh
2(212 +222)=|z1 —22|2 +|Z1 +zz|2 = 2(1+4):|Z, —Zz|2 +9:>|Z1 —22| =1.
Cach 2:
Giast z, =a,+bi (a; b eR), z, =a, +b,i (a,; b, eR).
|Zl|=1 a +b’ =1 a +b’ =1
Theo bdirataco: <|z,|=2 < {a; +b] =4 Sa+b =4
z2+2|=3  |(q+a,) +(b+b) =9  |2aat2bb, =4

Khi d¢, ta co:
|ZI—ZZ|=\/(al—a2)2+(bl—b2)2 :\/(alz+b12)+(a22+b22)—(2a1a2+2b1b2) =1.
Vay |z,—z,|=1.

Ciu 4: (THPT Chuyén Nguyén Quang Diéu - Pong Thap — Lan 5 nam 2017 - 2018) Ki hiéu z,, z,, z,,
z, 14 bon nghiém cua phuong trinh z* + 27 =6 =0. Tinh S =|z,|+|z,|+|z;|+|z,] -
A. S=23. B.Szz(ﬁ—ﬁ). C.S=22. Q.S=2(J§+\B).
Loi gidi
Chon D



Ta co: z4+z2—6:O<:>[

2 =2 z=+/2
& .
2’ =-3 z=+i3
Kihiéu z, z,, z,, z, 1a bon nghiém cua phuong trinh, ta co:

S=|zl|+|22|+|z3|+|z4| =2(\/§+\/§).

Cau 5: (THPT Chuyén Thai Binh — Thai Binh — Lin 5 nim 2017 — 2018) Cho s6 phtc z thoa man:
z(1-2i)+zi=15+i. Tim modun cta s6 phic z ?
A. |7=5. B. |z =4. C. |7[=2+5. D. |2|=2V3.
Loi giai
Chon A
Goi z=x+yi, x,yeR.

Theo dé ra ta c6: (x+yi)(1—2i)+(x—yi).i=15+i
S x+2y+yi—-2xi+xi+y=15+i
<:>x+3y+(y—x)i=15+i

x+3y=15 x=3 .
=N =N =z=3+4i=|z|=5.
-x+y=1 y=4

Cau 6: (THPT Chuyén Théi Binh - Thai Binh — Lan 5 nam 2017 - 2018) Goi z, la nghiém phtic c6 phan

4o 4m cua phuong trinh z> —2z+5=0. Tim toa d¢ diém biéu dién sb phirc T4 trén mat
Z
phang phtrc?
A. P(3;2). B. N(1;-2). C. 0(3;-2). D. M(1;2).
Loi giai
Chon A
Ta co:

z=1-2i (T™M)

z=1+2i (L)

T—4i T4
z,  1-2i

Diém bicu dién1a P(3;2).

22-245=0 <

Suy ra =3+2i.

Cau 7: (THPT Chuyén Hung Vwong — Gia Lai — Lan 2 nam 2017 — 2018) Tim phéan 4o cta sb phtc
z bibt E:(\BH‘)Z (\B—i).
A. 4. B. 4/3. C. 43, D. 4.
Loi giai
Chon D
Taco: z=(V3+i) (V3-i)= 4B +4i=>z =434,
Viay phan 4o cua s phirc z 1a —4.

Cau 8: (THPT Chuyén Hung Vwong — Gia Lai — Lan 2 nam 2017 — 2018) Cho sb phtic z=3—4i.
Ménh d& nao dudi déy sai?



A. Médun cua sb phirc z bing 5.

B. S6 phirc lién hop ctia z 1a 3—4i.

C. Phan thyuc va phﬁn docua z lanluotla 3 va —4.

D. Biéu dién sb phtc z 1én mat phéng toa do 1a diém M (3; - 4) .
Loi giai

Chon C

S6 phirc lién hop ciia z =3—4i 1a z =3+4i . Ménh dé B sai.

Cau 9: (THPT Chuyén Hiing Vwong — Gia Lai — Lan 2 nam 2017 — 2018) Cho sb phic z thoa man

z— (2 +3i )E =1-9i . Tinh tich phan thyc va phan 4o cua s6 phiic z .

A. 1. B. 2. C. 1. D. 2.
Loi giai

Chon B

Goi z=x+y1 (V01 x, yeR),tacd z =x—yi.

Theo gia thiét, ta cé x+yi—(2+3i)(x—yi)=1-9% < —x-3y—(3x-3y)i=1-9%

-x-3y=1 x=2 .
= = .Vay xy=-2.
3x-3y=9 y=-1

Cau 10: (THPT Chuyén Lwong Thé Vinh - Ha N6i — Lin 2 nam 2017 — 2018) Cho sb phirc z=3-5i.

Goi w=x+yi (x,y€R) 1a mot can bac hai cia z . Gia trj ciia bicu thie 7 =x* + y* 1a

A. T=706. B.ng. C.Tzﬁ. D. T=34.
2 2
Loi giai
Chon C
Tacod w=x+yi (x,y €R) la mot cin bac hai cia z khi va chi khi w’ =z
2 2
2 =3
<:>(x+yi)2=3—5i<:>x2—y2+2xyi:3—5i.<:> oy
2xy=-5
2
Ta co T=x4+y4=(x2—y2)2+2x2y2=32+2.(_75j =§.

Cau 11: (THPT Chuyén Lwong Thé Vinh - Ha N6i — Lan 2 nim 2017 — 2018) Téng phan thuc va phan ao
ctia s6 phuc z = (1+z’)2 —(3+3i) 1a

A. 4. B. —4. C. 3-i. D. /10 .
Loi giai
Chon B
Taco z=(1+i) —(3+3i) =1+2i+i*~3-3i =-3~i =>phan thyc a =-3, phanao h=-1.
Viy a+b=—4.

Céu 12: (SGD Ha Tinh - Lan 2 nam 2017 - 2018) Cho s6 phttc z théa man: |z —1|=|z—2+3i. Tap hop
cac diém biéu dién sé phic z 1a
A. Buong tron tam /(1;2), ban kinh R=1.
B. Puong thing c¢6 phuong trinh 2x—6y+12=0.
C. Puong thang c6 phuong trinh x—3y—-6=0.



D. Puong thing c6 phuong trinh x—5y—-6=0.
Huéng din giai
Chon C
Goi z=x+yi;(x, yeR).
| <::>(x—1)2 +y° z(x—Z)2 +(y+3)2 & x-3y-6=0.
Viy tap hop céc diém biéu dién s6 phuc z 1a dudong thing c6 phuong trinh x—3y—-6=0.

Ta co: |Z—1| =

Ciu 13: (THPT Chuyén V6 Nguyén Giap — Quang Binh - nam 2017-2018) Cho s6 phirc z théa man

Cau 14:

|z—|z|| =+/2 . Bit rang phan thuc ctia z bang «. Tinh |z| theo a

2 2
B. |[[=4Va ¥l g = @Va Ll g

A= e :

Huéng dan giai
Chon D

Pit z=a+bi, a,beR = |z|=Va’ +b* . Theo d& bai ta co

<la+bi—a*+b?

|Z—|Z||: \/_<:>\/ a +b2) +b* =2

<:>(a2+b2)—a a+bh-1=0 <=

Ja' +b* =w(t/m)
a+~Na’ +4

Vay |z|=
3y |2] 5
(SGD Bac Ninh - Lin 2 - nam 2017-2018) Goi z,,z, la nghiém cta phuong trinh
22 —2z+4=0. Tinh gia tri ctia biéu thic P = Zl 22
Z 4
11
A. 4. B. —4. C.s. D. ——.
4
Loi giai

Taco: z2-2z+4=0 <

21=1+\/§i
2221—\/§l'.
2z () ()

Suyra: P=—+—== +
oz 1=Bi 1443

Cau 15: (Chuyén Lé Hong Phong — Nam Dinh - nim 2017-2018) Tim tap hop diém biéu dién s6 phirc

z thod |z +1-2i]=3

A. Buong tron tdm /(—1;2), bankinh »=9.  B. Puong tron tim /(1;2), ban kinh »=9.



C. buong tron tam /(1;—2), ban kinh »=3.  D. Pudng tron tdm /(-1;2), ban kinh r=3.
Huéng din giai

Chon D

Goi z=x+yi (x,y eR,i’ =—1).

Taco: |z+1-21]=3 & y(x+1) +(y—2) =3 & (x+1) +(y=2) =9.
Vay tap hop diém biéu dién s6 phirc z 1a duong tron tam 7(-1;2), ban kinh r =3.

Cau 16: (Chuyén Lé Hong Phong - Nam Dinh - nim 2017-2018) Trong 4,

mit phang phirc, cho diém ‘M trong hin}l v& bén 1a diém biéu dién sb ) ,M
phuc z . Trong cdc ménh d¢ sau ménh d¢ nao la sai? !
A.z-Z=6. B. S phttc z ¢6 phan 4o bang 4. : !
C. |7=5. D. z=3-4i. 2 :
~ |

Huwdng dan giai 1 !
Chon A ! X
Ta dé& théy cidc ménh dé B, C, D dang. o oz 3 4
Tir hinh v&tacd z=3+4i = z—7Z =(3+4i)—(3—-4i)=8i.Dodo A
sai.

Cau 17: (THPT Dang Thiic Hita — Nghé An - nam 2017-2018) Trong mit phang toa @ Oxy, cho sb phirc

z théa man |z —1+2i| =3. Tap hop céc diém biéu dién cho s phirc w=z(1+1) la dudng tron

A. Tam 1(3;—1), R=3\/5. B. Tam I(—3;1), R=3.

C. Tam I(—3;1), R:3\/§. D. Tam 1(3;—1), R=3.
Loi giai

Chgn A

Taco |z—1+2i =3 |z (1+7)+(-1+2i) (1+1)| =3[1+1] < [w—3+i| =32
Giasu w=x+ yi (x,ye]R) :>|x—3+(y+1)i|=3x/§

& (x-3) +(y+1) =18=1(3;-1), R=+/18=32.

Cau 18: (THPT Dang Thuc Hita — Nghé An - nam 2017-2018) C6 bao nhiéu sé phic z théa man

(l—i—i)z—i-; 1a s6 thuan 4o va |Z—2i|=1

A. 2. B. 1. C.0. D.V6 s6.
Loi gidi

Chon A

bat z=a+bi voi a,bcR taco: (1+i)z+z =(1+i)(a+bi)+a—bi:2a—b+ai.

Ma (1+7)z+2z lasd thuan donén 2a—b=0<b=2a.

a=1

Mat khac |z-2i|=1nén o’ +(b-2)’ =1 = a*+(2a-2) =1 & 5a’ -8a+3=0&| 3.
a=-—
5



Ung v6i mdi a ta tim duge mot b duy nhat, vay c6 2 s6 phirc théa méin yéu cau bai toan.
Cau 19: Cho hai s6 thuc x, y théa min 2x+1+(1—2y)i = 2(2—i)+yi—x. Khi d6 gia tri cia x> —3xy—y
béng

A. 2. B. 1. C. 3. D. -1.

Cau 20: Tinh tong S =147 +i° +...+i"°.

A. S=1. B. S=i. C.S=-. D. §=-1.
Cau 21: Cho hai s6 thuc x, y théa min 2x+1+(1—2y)i=2(2—i)+yi—x. Khi d6 gia tri cia x> —3xy—y
bing
A. 2. B. 1. C. 3. D. -1.
Loi gidi
Chgn A

Ta co: 2x+1+(1—2y)i=2(2—i)+yi—x <:>2x+1+(1—2y)i=4—x+(y—2)i

2x+1=4-x x=1 5
= = =>x 3xy-y=-2.
1-2y=y-2 y=1

Cau 22: Tinh téng S =1+ +® +...+*"°.

A S=1. B.S=i. C.S=—i. D. S—-1.
Loi gidi
Chon A
n+l
Ap dung cong thirc 1+x+x% +...+x" =2 11 voi x=1", n=¥=672 ta duoc
x—
3 673 673 2 336 |
i -1 )y =1 —\li -1 __
P @ )

it -1 —i-1 —i—1 —i-1
Ciu 23: Goi z, la nghi¢ém phtrc co phan a0 dwong cia phuong trinh z? + 6z +13=0. Tim toa d diém
M biéu dién s6 phitc w=(i+1)z,.
A. M (-5;-1). B. M (51). C. M (-1;-5). D. M (1;5).

Céu 24: Goi z, 1a nghiém phurc c6 phan 4o duong cua phuong trinh z° + 6z +13 =0 . Tim toa d6 diém
M biéu dién s6 phitc w=(i+1)z,.
A. M(-5;-1). B. M(51). C. M (~1;-5). D. M (1;5).
Loi giai
Chon A
z,=-3+2i ) ) ) .
~Suyra w=(i+1)z =(1+i)(-3+2i) =—5—1i.

z,=-3-2i

Ta co zz+6z+13=0<:>[
Vay toa d6 diém M biéu dién sé phuc w= (i+1)z 1a M (-5;-1).

(1+6)3i
-

A. 3. B. -3. C. 0. D. —1.
Loi giai

Céu 25: Tim phan 4o cua s6 phirc z,bibt z=



Chon C
(1+)3i  (1+i)3i  2i3i
1-i  1-F# 2

Vay phan 4o cua sd phic z1a0.

= 3=z7=-3.

Taco: z=

Céu 26: Cho s6 phiic z thoa man |z—1-2i|=5 va M (x;y) la diém bicu dién s6 phic z. Diém M

thudc duong tron nao sau day?

A (x+1) +(y+2)" =25. B. (x—1) +(y-2)" =25.

C.(x+1) +(y+2) =5, D. (x—1)" +(y-2)" =5.
Loi giai

Chon B

Taco |z-1-2i=5 < [x—1+(y-2)i|=5 < (x-1)" +(y-2)" =25.
Vay diém M thudc duong tron (x—1) +(y—2)" =25.
Céu 27: Cho s6 phitc z théa man [2z-3-4i|=10. Goi M va m lan luot la gia tri 16n nhat va gia tri
nho nhét cta |z|. Khi d6 M —m bang
A.5. B. 15. C. 10. D. 20.
Céu 28: Cho ham s f(x)=x"(x*—1)(x* —4)(x*-9)(x* ~16). Hoi phuong trinh f"(x)=0 c6 bao

nhiéu nghi¢m?
A. 9. B. 8. C.7. D. 6.

Céu 29: Cho s6 phitc z théa man [2z-3-4i|=10. Goi M va m lan luot 1a gia tri 16n nhat va gia tri

nho nhét cua |Z| Khi @6 M —m bang

A. 5. B. 15. C. 10. D. 20.
Loi gidi
Chon C
bat z=x+yi.
, . 3 .. 3Y )
Ta co: [2z-3-4i|=10 & 2= =2i|=5 @(x—gj +(y-2) =25.

Tap hop diém biéu dién s6 phirc thoa dé 1a duong tron tam [ (%;2) ,bankinh R=5.

Khi do: {m:IO_R — M -m=2R=10.
M=I0+R
Céu 30: Cho ham sb f(x)=x’ (x2 —1)(x2 —4)(x2 —9)(x2 —16). Hoi phuong trinh f'(x)=0 c6 bao
nhiéu nghi¢m?
A. 9. B. 8. C.7. D. 6.
Loi gidi
Chon A
Tacod f(x)=0 xe{0;£1;42;43;+4}.

Béng xét déu f(x)



. I*OC -4 -3 -2 0 1 2 3 4 oo

+ 0 - 0 + 0 - 0+ 0+ 0—- 0+ 0 - 0 +

Tir bang xét dau biéu thirc f(x) va do tinh chét lién tuc ctia ham s6 f(x), suy ra:
7 x=0 l1a diém cuc trj ctia ham s;
0 f(x) coit nhat 8 diém cuc tri, khac 0, lan luot thudc mdi khoang (-4;,-3), (-3-2),
(-2;-1), (-1,0), (0;1), (1,2), (2;3), (3:4).
Suy ra ham s6 f(x) c6 it nhat 9 diém cuc tri.
Do d6, theo diéu kién can dé ham s c6 cuc tri, ta c6 phuong trinh f "(x)=0 co it nhét 9
nghi¢m.
Mt khac vi bac cia f(x) 1a 10 nén bac cua f'(x) 1a 9 = phuong trinh f’(x)=0 c6 khong
qua 9 nghiém.
Vay phuong trinh f(x)=0 ¢6 ding 9 nghiém.
Cau 31: Goi z va z, la hai nghiém phirc ciia phuong trinh z* —6z+11=0. Gid trj ciia biéu thic
|3zl|—|zz| bang
A.22. B. 11. C. 24J11. D. V11.
Cau 32: Goi tam giac cong (OA4B) la hinh phang gidi han boi do thi cac ham s6 y=2x*, y=3—x,
y =0 (tham khdo hinh v& bén). Dién tich ctia (OA4B) bang

o %3—:}:

4
A.§. B.é. C. 3.
3 3

Chu 33: Xé cic sb phic z=a+bi, (abeR)théa min 4(z—z)-15i=i(z+z-1) . Tinh

F =—a+4bkhi dat gi tri nho nhat

Z—l+3i
2

A. F=T7. B.F=6. C.F=5. D. F=4.
Ciu 34: Cho sb phtc z=a+bi(a,beR) thoa man |Z|=5 va Z(2+i)(l—2i) 12 mot s thuc. Tinh

P=a|+[p]
A. P=5 B. P=7 C. P=8 D. P=4



Cau 35: Goi z va z, 1 hai nghiém phtic cua phuong trinh z* —6z+11=0. Gi4 tri clia biéu thuc

|3Zl| —|22| béng

A. 22. B. 11. C. 211, D. J11.
Loi gidi

Chon C

Taco z, va z, 1a hai s6 phitc lién hop cta nhau nén |zl|2 = |zz|2 =zz,=11 = |zl| :|zz| =11,
Do d6: [3z,|~|z,| =2z |=2V11.

Cau 36: Goi tam giac cong (OA4B) la hinh phang gidi han boi d6 thi cic ham s6 y=2x*, y=3—-x,
y =0 (tham khdo hinh v& bén). Dién tich ctia (OA4B) bang

Y
y = 21,'2

>
w | oo
®
W | W
@)

Chon A

3
\:3—-1:

Goi parabol (P):y =2x" va dudng thang (d):y=3-x.

Ta c6 phuong trinh hoanh dé giao diém cta (P) va (d) la:



2 =3-x2x +x-3=0< 3

Suy ra toa do diém A(1;3) va (d) N Ox = B(3;0).

1 3
Khi d6 Sy, =S, +5, :I2x2dx+_[(3—x)dx=§+2: .
0 1

w | oo

Cau 37: Xét ciac sb phic z=a+hi, (a,bcR)théa man 4(2—2)—15i=i(z+2—1)2. Tinh

F =—-a+4bkhi z—%+3i dat gia tri nho nhét

A.F=T7. B.F=6. C.F=5. D. F=4.
Loi giai

Chon A

Ta co

4(2—2)—151'=i(2+2—1)2 o 4(a+bi—a+bi)-15i=i(a+bi+a—bi-1)

<:>8b—15:(2a—1)2 suy ra bZ%.

=%\/(2a—1)2 +(20+6)’ :%\/Sb—15+4b2 +24b+36 :%\/4b2+32b+21

Z—l+3i
2

Xétham so f(x)=4x" +32x+21 v6i xZ%

f'(x)=8x+32>0,vx> % suy ra f'(x) 1a ham s6 dong bién trén {%H_wj nén

15) 4353
xX)= —|=—.
f( ) f(SJ 16
Do d6 z—l+3i dat gia tri nho nhérltbablngl 4353 khi bzl—s;a:l.
2 2V 16 8 2

Khidé F=-a+4b=17.

Céu 38: Cho sb phic z=a+bi(a,beR) thoa man |z|=5 va z(2+i)(1-2i) 1a mot s6 thyc. Tinh

P=la|+y

A. P=5 B. P=7 C. P=8 D. P=4
Loi giai

Chon B

lZ=5=a+b*=25 (1)
z(2+0)(1-2i)=(a+bi)(4-3i)=(4a+3b)+(4b—3a)i 1a s thyc nén 4b—-3a =0 .

2
Thay vao (1) ta dugc a2+(%aj =25 ola|=4=p|=3 = P=7

CAu 39: Phuong trinh z> +z+5=0 c6 hai nghiém z,;z, trén tap hop sO phtic. Tinh gié tri cua biéu thirc

2 2
P=z"+z,



A.P=10. B. P=-9. B.Pz—%. D. P=11.

CAu 40: Phuong trinh z° +z+5=0 c06 hai nghiém z;z, trén tp hop sO phtc. Tinh gié tri cua biéu thic

P=z’+z’
37
A.P=10. B. P=-9. B'P:_T' D. P=11.
Loi giai
Chon B
1, V19,
[ =——t—i
ZF+z+5=0 2 2 =P=z"+z"=-9
L,
202
Chu 41: Goi z,, z,, z, 12 ba nghiém phirc cia phuong trinh z* +8=0. Gi trj cua |zl|+|zz|+|z3| bang
A 2+243. B. 3. C. 2+43. D. 6.
Céu 42: Goi z,, z,, z, 12 ba nghiém phirc cia phuong trinh z° +8=0. Gia trj cua |Zl|+|22|+|Z3| bang
A. 2+243. B. 3. C.2+3. D. 6.
Loi giai
Chon D
z,=-2

2 +8=0 < 22=l+\/§i = |Zl|+|Zz|+|Z3|=6.
zlzl—\/gi

Chu 43: Cho s6 phitc z=a+bi théa min (z—8)i+z—6i=5+5i.Gid tri cua a+b bing

A. 19. B.5S. C. 14. D. 2.

Chu 44: Cho s6 phitc z=a+bi théa min (z-8)i+z—6i=>5+5i.Gi tri cua a+b bing
A. 19. B.S. C. 14. D. 2.
Loi gidi
Chgn A
Tacod (z—8)i+z—6i=5+5i < (1+i)z=5+19% < z=12+7i.

2
Ma z=a+bi nén{ =a+b=19.

Ciu 45: Goi z, la nghiém phurc co phan 40 4m ctia phuong trinh 22> —6z+5=0. S6 phiic iz, bang

A -Lidi B. 142 c. 13 p. 13
2 2 2 2 2 2 2 2
Cau 46: Goi z, 1a nghi¢ém phirc c6 phan 40 4m cta phuong trinh 22> —6z+5=0. Sb phic iz, bang
A -ti3i B.142) c.-+-2; p. 13
2 2 2 2 2 2 2
Loi giai
Chon B

Tacd 22°—6z+5=0 4z’ ~12z+10=0 (2z-3) =—1=/ & z=



Ciu 47: Cho cic s6 phirc z, =3+2i, z, =3-2i. Phuong trinh bac hai ¢6 hai nghiém z, va z, 14
A. 2 -6z+13=0. B. 2 +6z+13=0. C. 22 +62-13=0. D. 2’ -6z-13=0.

Ciu 48: Cho cic s6 phic z, =3+2i, z, =3-2i. Phuong trinh bac hai ¢6 hai nghiém z, va z, 14
A. 22 —6z+13=0. B. z’ +6z+13=0. C. z2+6z-13=0. D. z°-6z-13=0.

Loi gidi
Chon A

Cach1:Taco: S=z,+2,=6, P=zz, =|z[ =9+4=13 nén z,, z, 1 hai nghiém ciia phuong

trinh
Z2-Sz+P=0<z"-9z+13=0.

Cach 2: Do z, =3+2i, z, =3—-2i la hai nghiém cua phuong trinh nén

(z—zl)(z—zz)zo <:>(Z—3—2i)(2—3+2i)=0<:>(Z—3)2+4:0 <22 —62+13=0.

Cau 49: Tim nguyén ham F(x) cla ham s6 f(x) =sin2x, biét F(%j =0.

A. F(x)z—cos2x+z. B. F(x)zcoszx—l.
2 6 4
C. F(x):sinzx—%. D. F(x):_?lcosbc.
Céu 50: C6 bao nhiéu s phirc théa man z+|z|2 .i—l—%i =07
A. 1. B. 3. C.2. D. 0.

Cau 51: Tim nguyén ham F(x) cla ham s6 f(x) =sin2x, biét F(%) =0.

A. F(x):_—10032x+£. B. F(x):coszx—l.
2 6 4
C. F(x):sinzx—%. D. F(x)z_?lcos2x.
Loi giai
Chon C

Ta co: F(x):_[siandx:—lcostC; FlZ :O:Czl.
2 6 4

Vay F(x)z—%cos2x+% =—%(1—2sin2 x)+i :sinzx—%.



g \ . 3.
Cau 52: C6 bao nhiéu sb6 phirc thda man z+|z|2 N _1_Zl =07

A. 1. B. 3. C.2. D. 0.
Loi giai

Chon A

bat z=x+yi (x,ye]R) thi z+|z|2.i—l—%i=0 <:>x+yi+(x2+y2)i—l—%i=0

x-1=0 x=1 )
= , 5, 3 0 = 1 =>z=1 _Ei .
+X+y —== =——
y y 4 y >
Cau 53: Goi z,, z, la hai nghiém phic clia phuong trinh 2z +\3z+3=0. Gia tri ctia biéu thirc
z” +z, bang
A.3. B. > C.—. p. .
18 4 8
Chu 54: Goi z,, z, la hai nghiém phic clia phuong trinh 2z +\3z+3=0. Gia tri ctia biéu thirc

2 2 s
z,”+z,” bang

A. 3. B. —. c. —. D. —.

Chon C

Tacd 22 +/3243=0S=a+b+c.

(_QJF\/EJ:( 3 \/iiJz 9
4

4 4 4

Suyra z>+z," = 7

Ciu 55: Cho hai s6 phirc z, =4 —8i va z, =—2—i. Tinh |221.22|

A. 45, B. /5. C. 20. D. 40

Céu 56: Cho hai s6 phitc z; =4—8i va z, =—2—i. Tinh |2z,Z,|

A. 45, B. /5. C. 20. D. 40.
Loi giai
Chon D
Ta c6 |2z,7,] = [2(4-8i)(-2+i)| = 40.
Cau 57: Goi z,, z, la hai nghiém ctua phuong trinh 2z —z+1=0. Tinh |zl|z1 +|22|zz?

V2 V2

A. 2. B. Y=, C. 1. p. - 2=,
4 2

C3u 58: Goi z,, z, 12 hai nghiém cua phuong trinh 2z° —z+1=0. Tinh |zl|zl +|zz|zz?

B B

A.-2. B.—. C.1. D.——.
4 2

Loi giai



Chon B

2 Z, =—+—i
TacéZzz—z+1:0<:>(z—lj =li2<:> 4 4 :>|Zl|:|zz|:£_
4 16 1 ﬁ 2
Z,=———1I
4 4
. 2 V2(1 N7, 1 V7Y V2
Va}’ |ZI|ZI+|ZZ|Z2:7(ZI+22):7 Z‘l‘Tl Z_Tl :T
Cau 59: Phan 4o clia s6 phuc IL la
+1
AL B. L. c. L D. 1.
2 2 2

Cau 60: C6 bao nhiéu s6 phirc z théa man dong thoi hai diéu kién sau:|z—10+2i|=|z+2-14i| va

|z=1-10i|=57?

A. Hai. B. Khong. C. Mot. D. Vo s6.
Céu 61: Cho s6 phirc z théa mdn z—|z|=-2—4i. Mddun cia z Ia

A 4. B.5. C.3. D. 25.
CAu 62: Phan 4o ctia s phic IL la

+1
A —Li. B. . L D. 1.
2 2 2
Huéng din giai
Chon B
Ta co L :l—li nén c6 phan 4o 1a —l.
1+i 2 2

Cau 63: C6 bao nhiéu s0 phirc z théa man dong thoi hai diéu kién sau:|z—10+2i|=|z+2-14i| va

|z=1-10i|=57?

A. Hai. B. Khong. C. Mot. D. Vo sb.
Hwéng din giai

Chon C

bat z=a+bi v6i a,beR.

Tir gia thiét |z—10+24 =|z+2-14i] & (a—10)" +(b+2)" =(a+2) +(b-14)’

< -24a+326-96=0 @az%b—4

2

Ta co: |z-1-10{ =5 & (a—1)" +(b-10)" =25 @Gb—sj +b* ~20b+100 = 25

@%bz—%b+100:0 & b=6.Suyraa=4.

Vay c¢6 mét sO phuc thoa man.



Chu 64: Cho s6 phirc z théa man z—|z|=-2-4i. Modun cia z la
A 4. B. 5. C.3. D. 25.
Huéng din giai
Chon B
bat z=x+1iy (x,yeR),tacc') Z—|Z|=—2—4i S X+iy—X+ Yy =-2-4i

—/ 2 L x=>-2
@{x Tty 2:>x+2: X +16 <:>{

y=—4 ’

< x=3
X +dx+4=x"+16

Viy z=3-4i =|z|=5.

Cau 65: Cho s6 phtic z thoa min (2 +3i)z =z—1. Mddun cta z bang

A B. L. C. 1. D. J10.

J10 10

Cau 66: Cho sb phitc z thoa man (2+3i)z=z-1. Mddun clia z bang

1 1
A ——. B. —. C. 1. D. J10.
NI 10
Loi giai
Chon A
(2+3i)z=z—l<:>(l+3i)z=—l<:>z= -1 <:>z=—i+ii3;=—L—ii3H=
1+3i 10 10 10 10

Ciu 67: Goi z,, z, la hai nghiém phirc cua phuong trinh 2z° + V3z+3=0.Khi d6 2.2 bang:

Z, z
NS B.£+§i. C.i. Q._—3.
2 2 2 2 2
Céu 68: Modun ctia s6 phitc z=(1+2i)(2-i) la
A. |z|=5. B. |z|=+5. C. |z|=10. D. |z|=6.

Chu 69: Goi z,, z, 1a hai nghi¢ém phuc cua phuong trinh 22° + V3z+3=0.Khid6 A5 bang:

4
A B. £+§i. C. £ D. =,
2 2 2 2 2
Hwéng din giai
Chon D
z,+2, =£
22% +/3z4+3=0 ¢6 hai nghiém z,, z, suyra 2
Z,.2,
2 2 é
Taco Az A% —(ZI+ZZ) Y
Z, z,  Z.Z Z,Z, 3 2
2

Céu 70: Modun cta s6 phirc z=(1+2i)(2-1) la



A. |z|=5. B.|z|=+5. C. |z|=10. D. |z|=6.
Huéng din giai

Chon A

Taco z=(1+2i)(2—i)=4+3inén |z|=5.

Cau 71: Goi z,,z,,2,,2, 1a bon nghiém phan biét ciia phuong trinh z*+3z°+4=0 trén tap s6 phtc.

Tinh gid trj cia biéu thic 7 = |zl|2 +|zz|2 +|z3|2 +|z4|2

A. T =8. B. T=6. C.T=4. D.T=2.

Cau 72: Goi z,,z,,2,,z, 1a bdn nghiém phan biét ciia phuong trinh z*+3z° +4=0 trén tap s6 phic.

Cau 73: .

Tinh gié tri ctia biéu thic T = |zl|2 +|22|2 +|Z3|2 +|z4|2

A. T =8. B.7T=6. C.T=4. D.T=2.
Loi gii

Chon A

2=_§_l~ﬂ(1)
Tacod z' +32°+4=0 = < 2 2

, 3 47

=—=+i—(2)

2 2

Khong mat tinh tong quét gid st z, , z, 1a nghiém cua (1) va z,,z,1a nghiém cia (2).

) 2
o -

2 2
st 3 (2]

Vay T =8.

Cho z,, z, 1a cac s6 phuc khac 0 va z, # z,. Trong cac ménh d€ sau, ménh dé sai?

A. |ZI+ZZ|€R. B. (zl—i-zz)(zl-i-zz)e]R.
C. zlz_1+ZZZeR. D. (ﬁjeR.
475

2

Cau 74: Cho s6 phuc z =3-2i. Médun ctia w= Z_ bing

Cau 75:

Cau 76: .

zZ+z

A.%. B.l—5 C.E. D. 2.

6 6
Cho sd z thoa man cac dicu kién |Z+8—3i|:|z—i| va |z+8—7i|:|z+4—i|. Tim s phirc

w=z+7-3i.
A, w=3-1. B. w=13-6i. C. w=1+i. D. w=4+3i.

Cho z,, z, 1a cac sO phuc khac 0 va z, # z,. Trong cdc ménh d€ sau, ménh dé sai?

A. |ZI+ZZ|ER. B. (z,+z,)(z,+2,)eR.



C.:T+n7TcE. D (_jR

475
Loi giai
Chon D
, N 2 - - 2 2
Ta co: |Zl+Zz|ER; (zl+zz)(zl+22)=|zl+zz| eR; ZIZI+ZZZZ=|ZI| +|zz| eR.

A y ol 7tz \ o |z tz I+7) - . n
Xét ménh d¢ “| —=|eR”™ Cho z;=1va z,=i thi |2 |=|— |=i=—i¢R, nén
z,—2, z,—2, 1-i

ménh dé nay sai.

2
z

Cau 77: Cho s6 phtic z=3-2i. Modun clia w=—— bang
zZ+z
AL B2 c. D.2.
6 6 6
Loi giai

Chon A

3-2i) —12i
Taco w= ( l) :5 121.

(3—-2i)+(3+2i) 6

Do d6 |w|=‘5_121 =%.

Cau 78: Cho s6 z théa man cac diéu kién |z+8-3i|=|z—i| va |z+8-7i|=|z+4—i|. Tim s6 phirc

w=z+7-3i.

A. w=3-1i. B. w=13-6i. C. w=1+i. D. w=4+3i.
Loi giai

Chon D

bat z=x+yi,véi x,yeR.Taco

0 |z+8=3i = |z—i| < |(x+ yi) +8=3i| =|(x + yi) |
<:>|(x+8)+(y—3)i|=|x+(y—1)i|

o (x+8) +(y=3) =x+(y-1)

< 4x—-y+18=0.

0 |z+8-7i|=|z+4—1]
<:>|(x+yi)+8—7i|=|(x+yi)+4—i|

& |(x+8)+(y=7)i|=|(x+4)+(y-1)j|

o (x+8) +(y=7) =(x+4)" +(y-1)

& 2x-3y+24=0.

o . 4x-y+18=0 x=-3
Ta c6 hé phuong trinh: =

2x-3y+24=0 |y=6
Nhu vdy z=-3+6i = w=2z+7-3i =(-3+6i)+7-3i =4+3i.

Céu 79: Cho s0 phitc z=cosp+i.sing (¢ eR). Tim modun cia z.



A.|cos¢|+|singo| . B. 1.
C.|c0s¢)+isin¢)| . D. |cos2(p|.

Céu 80: Cho s0 phitc z=cosp+i.sing (p<eR). Tim modun cia z.

A.|cosgo|+|singp| . B. 1.

C.|cosgp+isingp| . D. |cos2go|.
Loi giai

Chon B

Ta c6: |z|=+/cos’ p+sin’ p =1.

Cau 81: Cho z,, z, 14 hai s6 phuc thoa man z* —4z+5=0. Biéu thic P=(z, —1)"" +(z,-1)""" co gia
tri bang
A 0 B 22018 C 21009 D 2

Cau 82: Cho z,, z, 14 hai s6 phitc thoa man z* —4z+5=0. Bidu thic P=(z,~1)"" +(z,-1)"" ¢6 gia

tri bang

A. 0. B. 27%%. C. 2", D. 2.
Loi giai

Chon A

Bidtsd A'=4-5=—1=7".
Do d6 phuong trinh ¢6 hai nghi¢m phtrc: z, =2—-i va z, =2+i.

Suyra P=(1-)"" + (140" =[ (=) ] +[(1a |
=(=2i)" +(2i)" =2 +2""i =0.

Cau 83: Biét z la mdt nghiém cha phuwong trinh z+l =1. Tinh gia tri cha biéu thic P =z’ +L3.
z z

A. P=-2. B. P=0. C.P=4. D.P:%.

z

Cau 84: Tap hop diém biéu dién s6 phic z théa man - =3 1a duong nao?

z—1i
A. Mot duong thang.  B. Mot dudng parabol. C. Mot duong tron.  D. Mot duong elip.

Céu 85: Cho s6 phirc z=1—%i. Tinh sb phitc w=iz +3z.

A. w=§. B.w=§+i. C.w=&+i. D.&.

3 3

A e . A A . 1 i e e . 1
Cau 86: Biét z la mot nghiém cla phuong trinh z+—=1. Tinh gid trj cla biéu thic P =2’ +—.
z z

A. P=-2. B. P=0. C. P=4. D.Pzg.

Loi giai
Chon A

Taco z+l=1<:>zz—z+1:0,do z#lnén 22 +1=0 3Z3=—1.Véy P=-2.
z



z

Cau 87: Tap hop diém biéu dién s6 phirc z théa min =3 la duong nao?

z—1

A. Mot duong thang.  B. Mot dudng parabol. C. Mot duong tron. D, Mot dudng elip.

Loi gidi
Chon C
Goi z=x+yi, x, yeR.
= =3 oz =3]z-il & e+ yil =3|x+yi—i] o 137 =3 +(y-1)
z—i

X +y = X +H\y- S8 +8y —18y+9=0=x"+y " ——y+—=0.
2 2 9|:2 ( 1)2:| 82 82 18 9 0 2 2 Z Z 0

Viy tap hop diém biéu dién sb phirc z 1a mot duong tron.
Cau 88: Cho s6 phtic z = 1—%1’. Tinh s6 phic w=iz +3z.

A. w=§. B.w=§+i. C. w=—+i. D. —.
3 3

Loi giai
Chon A

weil 1edi|esf1-Li]=i— iz 28
3 3 3 3

Ciu 89: Cho biét c6 hai s6 phirc z thoa man 2% =119-120i, ki hi¢u 1a z, va z,. Tinh |z, - z,|".
A. 169. B. 114244 C. 338. D. 676.
Cau 90: Cho w 1a s6 phirc thay doi thoa man |w| =2 . Trong mit phang phirc, cac diém biéu dién sé phuc
z=3w+1-2i chay trén duong nao?
A. Buong tron tam /(1;-2), ban kinh R=6.
B. Budng tron tam I(—1;2), ban kinh R=2.
C. Buong tron tam /(1;-2), bankinh R=2.
D. Buong tron tdm /(—1;2), ban kinh R=6.
Cu 91: Cho biét c6 hai s6 phitc z thoa man z* =119—120i, ki hi¢u 14 z, va z,. Tinh |z, -z, .
A. 169. B. 114244. C. 338. D. 676.
Huéng din giai
Chon D
Giasu: z=a+bi, (a,beR).
2 2 . - |a*=p*=119 (1)
Tacod: z2=119-120i < a” -b" +2abi =119-120i < .
2ab=-120 (2)
Taco a,b#0.
. 60 .
Tx (2)=a= e thay vao (1), ta dugc:

3600

2

b =—144

~b* =119 & b* +1196* ~3600=0 < |
b* =25

* b* = 144 (v6 nghiém).



b=5 =>a=-12
b=-5=a=12"
Vay z, =—12+5i, z, =12-5i.

* b2=25<:{

Suy ra |z, — z,| =|-24 +10i = 676.

Cau 92: Cho w 14 s6 phirc thay d6i thoa man |w| =2 . Trong mit phang phirc, cac diém biéu dién sé phuc
z=3w+1-2i chay trén duong nao?
A. Buong tron tam /(1;-2), ban kinh R=6.
B. Duong tron tam I(—1;2), ban kinh R=2.
C. Buong tron tam /(1;-2), bankinh R=2.
(-1;2), bankinh R=6.

Huéng din giai

D. Buong tron tam [/

Chon A
Goi M (x;y) la diém biéu dién sé phic z=x+yi (x,yeR).

2l , S|z +2i-1=6 < (x-1) +(y+2) =36.

Ta co |w|=2 =

Vay tap hop diém can tim 1a duong tron tim 7 (1;-2), ban kinh R=6.
Cau 93: Xét cic s6 phirc z thoéa diéu kién |Z—3+2i| =35. Trong mit phang toa d6 Oxy, tap hop céc
diém biéu dién s6 phirc w=z+1-i 13?
A. Duong tron tam /(4;-3), ban kinh R =S5.
B. Dudng tron tam /(—4;3), ban kinh R=5.
C. Duong tron tam / (3;—2), ban kinh R=5.
D. Dudng tron tam /(-2;1), bankinh R=5.

Cau 94: Xét cac s6 phirc z théa diéu kién |Z—3+2i| =5. Trong mit phéng toa d6 Oxy , tdp hop céc diém biéu
dién s6 phirc w=z+1—1i 13?
A. Puong tron tdm [ (4; —3) ,bankinh R=5.
B. Duong tron tam /(—4;3), ban kinh R=5.
C. Duong tron tdm /(3;-2), bankinh R =S5.
(=2;1), bankinh R=5.
Loi gidi

D. DBuong tron tam 7(-2;1

Chon A
Goi M (x;y) 1a diém biéu dién sb phic z=x+yi (x,y€R).

Taco |z-3+2]=5 = |[w—1+i-3+2i[=2 <|x+yi—4+3]=6 & (x—4) +(y+3) =25.
Vay tap hop diém can tim 1a duong tron tam 1 (4; —3) ,ban kinh R=35.

Cau 95: S§ phic z = (1 —z')2018 ¢6 phan thuc bang
Al B. 2%" C. -2'

I
(e



Cau 96: S6 phic z=(1-i)™" ¢6 phan thuc bing

Al B. 2°°°. C. 2",
Loi giai

=
(]

Chon D

Taco z=(1-))"" =[(1-1)" | =(-20)" =2 ()" = 2™,

Suy ra z c6 phan thuc bang 0.

Cau 97: Goi z, 14 nghiém phirc c6 phan ao duong cta phuong trinh 4z% +4z+37 =0. Trén mit phang

Chu 98: C6 bao nhiéu s6 phiic z théa man |z+2+3i|=5 va

toa d9, diém nao dudi day la diém bicu dién cua so phitc w=iz,?

A. M, (—3;1) B. M, (3;1) C. M, (3;_—1) D. M, (—3;_—1)
2 2 2 2

z

l1a sO thuan ao ?
Z —

A. 2. B. v0 s0. C. 1. D. 0.

Cau 99: Goi z, 14 nghiém phirc c6 phan 4o duong cta phuong trinh 4z% +4z+37 =0. Trén mit phang

Cau 100:

toa do, diém nao dudi day la diém biéu dién cua so phirc w=iz,?

A. M, —3;l . B. M, 3;l . C. M, 3;_—1 . D. M, —3;_—1 .
2 2 2 2

Loi giai
Chon D

Taco z, =—%+3i nén w=iz, =—3—%i =M, (—3;—%).

C6 bao nhiéu s phic z thoa min |z+2+3i| =5va zi 1a s6 thuan ao ?
A. 2. B. v s0. C. 1. D. 0.
Loi giai
Chon C
Ta goi z=a+bi (a,beR), z#£2.
Taco [z+2+3] =5 (a+2) +(b+3) =25(1).
z a+bi a’+b*-2a 2b

Mat khac = - = > - > i
z=2 (0—2)+bl (a—2) +b’ (a—2) +b*

Z_ lasbthudnao <a’+b—2a=0 (2)
-
{azl
? = b=2 b=1
Tir (1) va (2)ta 6 {(‘Hz) +(b+3) 25®{a2+ & .
& +b*—2a=0 a’-3a+2=0 {azZ
b=0

a=1
Viz#2 nén{ =z=1+1i.



Cau 101: Goi z, 1a nghiém phirc c6 phan 4o 4m clia phuong trinh 22> —6z+5=0. Tim iz, ?

A. iz, =—l+§i. B. iz, =l+§i. C. iz, z—l—gi. . iz, zl—ii.
2 2 2 2 2 2 2 2
Céu 102: Cho s6 phirc z=a+bi, (a,beR) théamin z+1+3i—|z|i=0. Tinh S=a+3b.
A. S=-5. B.S:%. c.s:-%. D. §=5.

Cau  103: Cho x,ye[0;+x), x+y=I. Biét me [a;b]  thi  phuong
(557 +4y)(5y +4x)+40xy =m c6 nghiém thyc. Tinh T =25a+16b.

A. T=829. B. T =825. C. T =816. D. T=820.
Cau 104: Goi z, 1a nghiém phtrc c6 phan a0 4m ciia phuong trinh 22> —6z+5=0. Tim iz,?
A. izoz—l+§i. B. i20=l+§i. C. izoz—l—ii. D. izozl—ii.
2 2 2 2 2 2 2 2

Hwéng din giai

Chon B

22 —6z+5=0 :zozg—li.
2 2
Khi d¢ iz, =l+§i.
2 2

Céu 105: Cho s6 phitc z=a+bi, (a,beR) théaman z+1+3i—|z|i=0. Tinh S=a+3b.

A. S=-5. B.S:%. C.Sz—; D. S=5.

Huéng din giai

Chon A

Taco: z+1+43i—|z[i=0 < a+bi+1+3i—iNa’ +b* =0 <:>a+1+(b+3—\/a2+b2)i:0

a+1=0 a=-1 Z:‘l a=-1

& = <1b>-3 & 4.
b+3-a’+b* =0 V1+b> =b+3 , , b=—
1+b* =(b+3) 3

Vay S=a+3b=-1-4=-5.
Cau  106: Cho x,ye[0;+»), x+y=1. Biét me[a;p] thi phuong
(5x7 +4y)(5y +4x)+40xy =m c6 nghiém thyc. Tinh T =25a+16b.

A. T=829. B. T =825. C. T =816. D. T =820.
Huéng din giai
Chon B

Taco: m= 25(xy)2 +2O(x3 +y3)+56xy = 25()cy)2 + 20[()c+y)3 —3xy(x+y)}+56xy

trinh

trinh



Cau 107:

Cau 108:

Cau 109:

Cau 110:

Cau 111:

2
= 25(xy)’ —4xy+20 =25 —4(+20, véi 1 = xy < (x+4y) :%-

Xét ham sb S (t)=25¢> -4t +20 trén doan [0;%} )

Taco: f'(1)=50r—4. Xét f’(z)=0:>t=2—25.

. 2 496 1) 329
Taco: f£(0)=20, f(gj:fva f(Zj:F

Do d6 dé phuong trinh c¢6 nghiém thyc thi m e @,E :>a:%,b:ﬁ suy ra
25 16 25 16
T =825.
Goi z, va z, =4+2i 1a hai nghiém cua phuong trinh az’ +bz+c¢=0 (a,b,ceR, a#0). Tinh
T =|z)+3]z,].
A.T=6. B. T=4/5. C.T=25. D. T=85.

Goi z, va z, =4+2i 1a hai nghiém cua phuong trinh az* +bz+c=0 (a,b,c a#0). Tinh

T=|Zl|+3|22|.

A. T=6. B. T =445. C.T=25. D
Loi giai /

Chon D B4 ¢

Phuong trinh bac hai v6i hé s6 thuc c6 hai nghiém phirc 13 hai s6 phirc lién hop.
Do d6 z, =4-2i.Khi d6 |z|=|z,| =245 = T =|z|+3|z,| =85 .

Goi z,,z, 1a hai nghiém phic ctia phuong trinh 2z” —~3z+7=0. Tinh gid tri cta biéu thuc
P=|Zl|+|22|.
A. P=23. B. P=14. C.P=7. D. P=+14.
Goi z,,z, 1a hai nghiém phic ctia phuong trinh 2z —3z+7=0. Tinh gi4 tri cta biéu thuic
P=|Zl|+|22|.
A. P=23. B. P=14. C.P=7. D. P=4/14.
Loi gii
Chon D
3 47
X="+—i
Tacs: 27 -3z+7=0e| * 4 = pofz|+|z|=i4.
_3 V41,
4 4

Goi z, la nghiém c6 phan 40 4m cta phuong trinh z*> —4z+20=0. Tim toa do diém biéu dién
cua z,.
A.M(—2;—4). B.M(—4;—2). C.M(2;—4). D. M(4;-2).



Cau 112:

Cau 113:

Cau 114:

Cau 115:

A. 8.

Cau 116:

Goi z la nghiém c6 phan 4o 4m ctia phuong trinh z* —4z+20=0. Tim toa d6 diém biéu dién

z=2-4i

cua z,.
A. M(-2;-4). B. M (-4;-2). C. M(2;-4). D. M(4;-2).
Loi giai
Chon C
. 2 [Z:2+4i _
Coz -4z+420=0& =z =2-4.

Vay diém bicu dién cta s6 phuc z, 1a M (2;-4).

Dinh tit ca cac s6 thuc m dé phuong trinh z*> —2z+1-m=0 c6 nghiém phtc z théa min
|Z| =2.
A. m=1m=9. B. m=-3.
C.m=-3m=1,m=9. D. m=-3,m=9.
Dinh tit ca cac sé thuc m dé phuong trinh z*> —2z+1-m =0 c6 nghiém phic z théa min
|z| =2.
A. m=1m=9. B. m=-3.
C.m=-3m=1m=9. D. m=-3,m=09.
Loi giai
Chon C

Ta co: A=4—4(l—m)=4m.
z=1-/m
Z=1+\/;.

THI1: A>0< m>0. Phuong trinh c6 nghiém la {

Néu ‘1+\/ﬂ:2©ﬁ=1©m=1.

. =3
Néu [1-m|=2 & Vm=3 s,
Jm =1
TH2: A=0< m=0. Phuong trinh c6 nghi¢m z =1 khong thdéa man.
z=14++-mi
Z=1—\/—Wl.l'.

TH3: A<0< m<0.Khido nghiém cua phuong trinh la {

Do d6 |Z|:2<:>1—m:4<:>m=—3.

Goi z,, z, 1a hai nghiém phirc ctia phwong trinh z> —2z+2=0. Gi4 tri ciia biéu thirc |le| + |z22|
bang

B. 0. C. 4. D. 8i.
Goi z,, z, la hai nghiém phuc cta phuong trinh z* -2z+2=0. Gi trj cla biéu thirc |le| + |zzz|
bang
A. 8. B. 0. C. 4. D. 8i.

Loi gidi.

Chon C

z, =141
Tacd: z2-2z+2=0 c{ !

z,=1-1



Vay |le|+|222|:4.

Ciu 117: Goi z,, z, la hai nghiém phurc clia phuong trinh 2z° =3z +4=0. Tinh w=i+i+izlz2.

45
A.w=§+2i. B.w=i+2i. C.w=2+§i. D.w=—§+2i.
4 2 2 4
Ciu 118: Goi z,, z, la hai nghiém phurc clia phuong trinh 2z° =3z +4=0. Tinh w=i+i+izlz2.
45
A.w=3+2i. B.w=2+2i. C.w=2+§i. D.w=—3+2i.
4 2 2 4

Loi giai
Chon A

Theo dinh ly Viét ta c6 z, +z, =%, zz,=2.

z, +

172

. . 3 .
W=—+—+izz, = +12122:Z+21.

2L 5 212,
Cau 119: Trong mit phing toa do Oxy, Goi 4, B,C lan luot 1a cac diém biéu dién sé phiac —1-2i,
4—4i, —3i.S6 phiic biéu dién trong tim tam gidc ABC la
A. —1-3i. B. 1-3i. C. -3+9i. D. 3-9i.
Cau 120: Trong mat phéng toa d0Oxy, Goi 4, B,C lan luot 1a cac diém biéu dién sb phuc —1-2i,
4—4i, -3i.S6 phirc biéu dién trong tAm tam giac ABC 1a
A. —1-3i. B. 1-3i. C. -3+9i. D. 3-9i.
Loi giai
Chon B
Ta c6 A(-1;-2), B(4,—4),C(0;-3) nén trong tim G cua tam gidc ABC co6 toa do la

G (1;-3). Do d6, s6 phtrc bicu dién diém G 1a 1-3i.

Cau 121: Goi z,z, 1a hai nghiém phirc cia phuong trinh z*—z+2=0. Tim phan 4o cia s6 phic

w=[(i-2)(i-2)]" .

A, 1009 B. D0 C. '8 D. _0'008

Cau 122: Goi z,,z, 1a hai nghiém phtc cta phuong trinh z*—z+2=0. Tim phan 4o cia s6 phic

. . 2018
w=[(-2)-=) "
A. 21009. B. _21009 ) C. 21008. D. _21008 .
Loi giai
Chon B
Theo dinh li Viettaco: z, +z,=1; z,.z, =2.

WZI:(i_Zl)(i_Zz):Izmg :I:_l_l(zl +Zz)+ZlZZ]2018 :(1_1,)2018‘
(1-i)"" = [(1—;‘)2}1009 = (=20)" =211 = 21
Céu 123: Tim phan thuc, phan 4o cua s6 phiic z, biét z 1a mot cin bac hai cia w=221+60i va c6 phan

thuc 16n hon phan ao.
A. Phan thuc bang 15, phan 4o bang 2. B. Phan thuc bang -2, phan 4o bang —15.



C. Phan thyc bang —15, phan ao bang —2. D. Phéan thyc bang 15, phan ao bang 2.

Cau 124: Tim ph?m thuc, phﬁn 4o cua sb phuc z, biét z 13 mot can bac hai cia w=221+60i va co phﬁn
thuc 16n hon phan o.

A. Phan thyc bang 15, phan 4o bang 2. B. Phan thyc bang —2, phan 4o bang —15.

C. Phan thyc bang —15, phan a0 bang —2. D. Phan thyc bang 15, phan 4o bang 2.
Loi gidi

Chon D

Goi z=a+bi(a,beR).Taco z* :(a+bi)2 =a’ —b*+2abi.
{a=15
a’—b> =221 b=2
Suy ra & .
2ab =60 a=-15
b=-2
Do phan thyuc ctia z 16n hon phan 4o ctia z nén z=15+2i.

Céu 125: Cho s6 phuc z théa man diéu kién (1 +z’)2—1—3i =0. Tim phan 4o cta s phitc w=1—iz+z.

A. —i. B. —1. C.2. D. -2i.
Cau 126: Goi z,,z, 1a cc nghiém phirc cua phuong trinh z* —4z+13=0.Khi d6 z,.z, +|z,| bang.

A. 26. B. 13+4/13. C. 13. D. 13++/5.
Ciu 127: C6 bao nhiéu sb phirc z thoéa man Z_l‘ = 2_3.1 =1?

z—i| |z+i

A. 0. B. 1. C.2. D. 4.
Chu 128: Cho s6 phic z thoa man 4|z +i|+3|z—i|=10. Gi4 trj nho nhét cua |z|bang

A.l. B.é. C.g. D. 1.

2 7 2

Cau 129: Cho s6 phirc z thoa man diéu kién (1+7)z—1-3i =0. Tim phan 4o cia s6 phitc w=1-iz +z.

A. —i. B. -1. C.2. D. -2i.

Loi giai

Chon B
1+3i
1+i

(1+i)z-1-3i=0 @ z=——=2+i=>z=2-i.

w=l-iz+z =1-i(2-i)+2+i =2-i.

Viay phan 4o cua w=l-iz+z bang —1.

Cau 130: Goi z,,z, 1a cc nghiém phtrc cua phuong trinh z* —4z+13=0. Khi d6 z,.z, +|zl| bang.

A. 26. B. 13+4/13. C. 13. D. 13++/5.
Loi giai

Chon B

5 z=2+3i

z7—4z4+13=0& .

z=2-3i
Vi [2+3i|=[2-3] =13 nén z,.z, +|z|=13+/13.
Cau 131: C6 bao nhiéu sé phitc z théa man |— = |71 _ 19
zZ—1 zZ+1

A. 0. B. 1. C.2. D. 4.



Cau 132:

Cau 133:

Cau 134:

Cau 135:

Loi giai

Chon B

Goi s6 phicc z=a+bi v6i a,beR.

Tacé |7— 1—1<::>|z 1|—|z—z| (a- 1)2+b2:a2+(b—1)2<:>a—b=0
—1

2 e a4 (b3 = +(b+1) o b=1

Z+1

Suyra{ i .Vay z=1+i

Vay c6 1 so phuc thoa man yéu cau bai toan.

Cho s6 phitc z théa man 4|z+i| +3|z —i| =10 . Gia tri nho nhét cta |z|b5ng
AL B.2. c.2. D. 1.
2 7 2
Loi gidi
Chon D

Goi z=a+bi v6i a,beR suyra |Z|2 =a’+b’
Ta co Z+z—a+(b+1 z:>|z+l| =a +(b+1 |Z| +2b+1

—l—a+(b 113|Z—z| =a +b 1 || -2b+1
Theo gia thiét va bat dang thirc Bnhiacopsky ta c6

10=4fz+i+ 3]z | <N& +3 |z 41 +|z =i =5y2|z +2

=z’ >1 suy ra min|z[=1.

Goi z,, z, 1a hai nghiém phirc ctia phuong trinh 42> —4z+3=0. Gia tri ctia biéu thic =
Z
bang.
A2 B. -+, c.l D. -2
2 2 3 3
Goi z,, z, 1a hai nghiém phtrc cua phuong trinh 4z° —4z+3=0. Gia tri cua bidu thirc 2L +
2
bang.
A2 B. -+, c.i D. -2,
2 2 3 3
Loi giai
Chon D
2
i_,_ﬁ 3 (z1 +22)2 -2z.z, 3 =2 2
Z % 2412, 3 3

Cho s phirc z théa man (1+ z)2 1a sb thyc. Tap hop cac diém M biéu dién sé phuc z 14?

A. Hai duong thang. B. Parabol. C. Puong thang. D. PBudng tron.

%

Z

]



2f

Cau 136: Cho ba sb phtic z,, z,, z, théa man z,+2z,+2, =0 va |zl| :|zz|:|23| =>"=_ Ménh & nao
dudi day dang?
+2,+2,|=|z,2, + 2,2, + 2,2, B. |z, +2,+ 2| <|z,2, + 2,2, + 2,7,

C.

7, +2,+ 23| > |22, + 2,2, + z,7)| D. |z, +z,+ 2| # |22, + 2,2, + 2,7,

Cau 137: Cho s phtc z thoa min (1+z)2 1a s6 thyc. Tap hop cac diém M biéu dién sé phuc z 1a?
A. Hai duong thang. B. Parabol. C. Duong thang. D. DBudng tron.
Huwéng din giai
Chon A
Goi z=x+yi (x,yeR).Khido, taco (1+z)2 :(1+)c+yi)2 :()chl)2 -y +2(x+1) yi

y=0

0 (1+z)2 1 56 thye nén 2(x+1)y =0 :>L+1:0.

Vay tap hop cac diém M biéu dién s6 phic z 1a hai duong thing x+1=0 va y=0.

2f

Cau 138: Cho ba s6 phiic z,, z,, z, théa man z,+2z,+2, =0 va |Zl| =|Zz| =|Z3| =>="=_ Ménh & nao
dudi day dang?
+2,+2,|=|z,2, + 2,2, + 2,7, B. |z, +2,+2,|<|z,2, + 2,2, + 2,7,
C. |z, +2,+z|>|z2, + 2,2, + 2,7 D. |z, +z,+ 2| # |22, + 2,2, + 27|
Huéng din giai
Chon A

Do z,, z,, z; déu khac 0 nén ta co

2.2, + 2,2, + 2.2 1 1 1 z z z zZ +2z, +z .
e T ot T el R WY 2+ 3 _ A 82 3(1)V1
2,2,2, Z, Z, Zy 202, 2,2, Z3.Z o
3
- = — 8
2.2, =Zy.Z, = Z3.2, = E

LAy mé dun hai vé cua (1) ta c6

z 4z, +z
|lez + 2,2, +Z3Zl| 3 ‘ 1 T2, 3‘
|lezz3| §

3

2 N2 T/ 22 B
<:>|le2+Zzz3+zszl|—T-‘Zl+Zz+Zs‘ _T-‘zl+zz+zs‘_T-|zl+zz+z3 =0.



Cau 1: (THPT Chuyén Quang Trung-Binh Phudc-lin 1-nim 2017-2018) Cho s6 phtic z thoa man
|z—2i| <|z—4i| va |z—3-3i|=1. Gid tri 16n nhét cia biéu thirc P =|z-2] la:
A 1341, B. V10 +1. C. 13, D. J/10.
Loi giai
Chon C

S
N

Goi M (x;y) la diém biéu dién sb phuc z ta co:

|z—2i|£|z—4i| = Jr(y—Z)2 <x’ +(y—4)2

& y<3;|z-3 —3i| =1 < diém M nam trén dudng tron tim 1(3;3) va ban kinh bang 1. Biéu

thirc P = |z —2| =AM trong d6 A(2;0), theo hinh v& thi gi trj 16n nhit ciia P = |z —2| dat

dugc khi M (4;3) nén max P =J(4-2)" +(3-0)’ =/13.

Ciu 2: (THPT Chuyén Quang Trung-Binh Phudc-lan 1-nam 2017-2018) Trong tap céc sb phc, cho
phuong trinh 2> —6z+m=0, meR (1). Goi m, la mdt gia tri cha m dé phuong trinh (1) c6
hai nghi¢m phan biét z,, z, thoa man z,.z, = z,.z, . Hoi trong khoang (0;20) c6 bao nhiéu gia
tri m, e N?

A.13. B. 11. C.12. D. 10.
Loi giai
Chon D
Diéu kién dé phuong trinh (1) ¢ hai nghiém phan biét 1a: A=9-m=0< m=9.
Phuong trinh c6 hai nghiém phan biét z,, z, théa man z,.z = z,.z, thi (1) phai c6 nghiém
phtrc. Suyra A<0<m>9 .
Vay trong khoang (0;20) ¢6 10 sb m, .

Cau 3: (THPT Chuyén Quang Trung-Binh Phudc-lin 1-nam 2017-2018) Goi sb phiic z=a+bi,
(a,beR) théa man [z=1]=1 va (1+i)(z~1) c6 phin thuc bang 1 dong thoi z khong 1a s
thuc. Khi d6 a.b bang :

A.ab=-2. B.ab=2. C.ab=1. D. ab=-1.
Loi giai

Chgn C

Theo gia thiét |z—1|=1 thi (a—1)"+b* =1.

Lai ¢6 (1+i)(;—1) 6 phan thuc bang 1 nén a+b=2.



Giai hé c6 dugc tir hai phuong trinh trén két hop diéu kién z khong la sd thuc ta duoc
a=1,b=1.

Suyra ab=1.

Trinh bay lai

Theo gia thiét [z—1|=1 thi (a—1)" +b* =1(1).

- \ . +b=2
Lai ¢6 (1+7)(z—1)=(a+b—1)+(a—b—1)i c6 phin thyc bang I nén {Z . @
+*
Giai h¢ c6 duogc tir hai phuong trinh trén ta dugc a=1,b=1.
Suyra ab=1.
Cau 4: (THPT Chuyén Quang Trung-Binh Phudc-Iin 1-nim 2017-2018) Cho sé phiic z thoa

N B A \ . . VTN 2 s oar ne A
min— 1a s6 thyc va [z—2|=m v6i meR. Goi m, 1a mot gia tri cia m dé c6 ding mot sd
z

phuc thod man bai toan. Khi do:

A. m, e 0;l . B. m, € l;1 . C.m,e E;2 . D. m, e l;i .
2 2 2 2

Loi giai
Chon D
Giasw z=a+bi, (a,beR).
1+ 1+i 1 a+b a-b
Pbat: w= = = a+b+(a->b)i|= + i.
) z a+bi a2+b2[ ( )] a+b*  a*+b*

w 1a sb thuc nén: a=5b (1).
Mait khac: |a—2+bi|=m <:>(ar—2)2 +b*=m’ (2)
Thay (1) vao(2)duoc: (a —2)2 +a’=m’ < 2a° —4a+4-m* =0 (3).
Dé c6 dung mot s6 phirc thoa méin bai toan thi PT (3)phéi c6 nghiém a duy nhat.
SA=0 <:>4—2(4—m2)=0 oSm’ =2 @mzﬁe(l;%) (Vi m 1a mo-dun).
Trinh bay lai
Gia st z=a+bi,vi z#0 nén a>+5>>0 (*) .
a+b a-b ;
a+b P +b

w 1a s thuc nén: a =b (l).Két hop (*)suyra a=b #0.

e+ 1+

bat: w ==
z a+bi a +b

[a+b+(a-b)i] =

Mat khac: |a—2+bi|=m < (a=2) +b* =m® (2).(Vi m lamé-dunnén m>0).
Thay (1) vao(2)duoc: (a —2)2 +a’=m’ < g(a)=2d"-4a+4-m>=0 (3).
Dé c6 diing mot s6 phire thod man bai toan thi PT (3)phai cé nghiém a # 0 duy nhat.

Co céc kha nang sau :
KNI : PT (3)co nghiém kép a #0

A'=0 m*=2=0
PK: N =m=2.
g(O);tO 4-m*#0

KN2: PT (3)c6 hai nghiém phan biét trong d6 c6 mot nghiém a =0



A'>0 m>—=2>0
DPK: = =>m=2
g(0)=0 4-m’ =0

Tt d6 suy ra Im, = V2e (l;%j .

Cau 5: (THPT Chuyén Quang Trung-Binh Phuwéc-1an 1-nam 2017-2018) Trong tip hgp cac s6 phire,

2017

goi z,, z, la nghiém cta phuong trinh z° —z + =0, véi z, c6 thanh phan 4o dwong. Cho

s6 phtrc z thod min |z -z |=1. Gi4 tri nhé nhdt cia P=|z-z,| 1a

A. V2016 1. B. % C. M D. V2017 -1.

2
Loi giai
Chon A

2017

Xét phuong trinh z° —z + 0

1 2016 .
z, =—+ i
Ta c6: A=-2016 <0 = phuong trinh c6 hai nghiém phirc 2 2
1 2016 .
Z,=—— i
2 2

Khi d6: z, —z, =ix/2016
|Z—22| =|(Z—Zl)+(Zl —ZZ)| > |Z1 —ZZ|—|Z—ZI| < P>+2016-1.
Vay P, =+/2016-1.
Ciu 6: (THPT Chuyén Quang Trung-Binh Phudc-Ian 1-nam 2017-2018) Goi S la tap hop cic sb

z A X
la s thuan

thyc m sao cho véi mdi me S c6 ding mot s phirc théa man |z —m|=6 va
i

d0. Tinh tong cta céc phan tircua tap S'.

A. 10. B. 0. C. 16. D. 8.
Loi giai

Chon D

Cach 1:

z  X+iy _(x+iy)(x—4—iy):x(x—4)+y2—4iy

Goi z=x+iy véi x,yeR tacod = — = > >
z—4 x—-4+iy (x—4)" +)° (x—4) +)°

1a s6 thuan do khi x(x—4)+y* =O<:>(x—2)2+y2 =4

Ma |Z—m|:6<::>(x—m)2+y2 =36

Ta dugc hé phuong trinh
36 —m?
(x—m) +y* =36 {(4—2m)x=36—m2 4 om
= = 5
(x=2) +y* =4 y =4-(x-2) y2:4_(36—m2_2j



2 2 2 2
Yobt 4| 207" 5| 2022207 ) poge 22307
—2m 4-2m 4-2m
< m =10 hodc m =-2 hodc m =16
Vay tong 14 10-2+6-6=38.
Cach 2:
. . (x—m)2+y2:36 _
bé c6 mot so phiic thoa man ycbt thi hpt , c6 ding mdt nghiém
(x=2) +y* =4

Nghia la hai dudng tron (Cl):()c—m)2 +y* =36 va (Cz):(x—2)2 +y? =4 tiép xuc nhau.
Xét (C,)co tam [, (2;0) bankinh R =2,(C,)c6 tim /1, (m;0) ban kinh R, =6

= me {—6;6;10;-2}.

Can ¢ :{11]2 =|R —&,| ©{|m—2|=4

II, =R +R, lm-2|=6
Vay tong 1a 10-2+6—6=8 .sss

Ciu 7: (THPT Chuyén Quang Trung-Binh Phudc-lan 1-nam 2017-2018) Cho hinh chép S.ABCD c¢6
day ABCD la hinh binh hanh tim O. Goi M, N, K lan luot 1a trung diém ciia CD, CB,
SA . Thiét dién ciia hinh chép cit béi mat phing (MNK) 1a mét da gide (H ). Hay chon khang

dinh dang?
A. (H) 1a mot hinh thang. B. (H) 1a mét hinh binh hanh.
C. (H) 1a mot ngi giac. D. (H) la mot tam giac.
v Lo gii
Chon C Sura trén hinh diém P thanh diém K nhé
g

Goi E=MNNAC va F =PENSO. Trong (SBD) qua F ké dudng thing song song vi
s MN va lan lugt cat SB, SD tai H, G . Khi d6 ta thu duoc thiét dién 1a ngii gidic MNHKG.



Cau 8: (TT Diéu Hién-Cin Tho-thang 10-nam 2017-2018) Cho cac s6 phtic z thoa man |z—i| =5.

Biét rang tip hop diém bicu dién s6 phitc w=iz+1—i 1a duong tron. Tinh ban kinh ctia duong
tron do.
A. r=22. B. r=20. C.r=4. D. r=5.
Loi gidi
Chon D
Goi w=x+yi, (x,yeR).
Tacd: w=iz+l-ix+yi=iz+l-i o z=(y+D)+(1-x)i.
Ma |z—i=5 & |y+1-xi|=5 o x> +(y+1) =5
Céu 9: (TT Diéu Hién-Can Tho-thang 11-nim 2017-2018) Cho sb phirc thoa |z| =3 . Biét rang tap hop
s6 phirc w= z+i 1amot dudng tron. Tim tdm cua duong tron do.
A. 1(0;1). B. 1(0;—1). C. I(-10). D. 1(1;0).
Loi giai
Chon A
bat w= x+yi,(x,y € ]R).
Ta co w=;+i©x+yi=;+i <:>;=x+(y—1)i = z=x+(1—y)i.
Mat khéc ta ¢ |z|=3 suy ra x* +(1—y)2 =9 hay x’ Jr(y—l)2 =9.
Vay tap hop sd phirc w=z+i 1a dudng tron tim 1(0;1).
Cau 10: (THPT Hau Loc 2-Thanh Héa-4n 1-nam 2017-2018) Puong nao dudi day 1a tap hop cac diém
biéu dién s6 phirc z trong mit phang phirc thoa méan diéu kién |z —i| = |z + i| ?
A. Mot duong thang.  B. Mot duong tron.  C. Mot duong elip.  D. Mot doan thang
Loi giai
Chon A
Goi z=xi+y, (Véi x,y € R) duoc biéu dién boi diem M (x;) trong mit phang toa do
(xoy) .

Ta co |Z—i|:|z+i|<:>|x+(y—l)i|=|x+(y+1)i|

& \/x2 +(y —1)2 = \/x2 +(y+ 1)2 < y =0 (phuong trinh mot dudng thang).

Cau 11: (THTT S6 3-486 thang 12 nim 2017-2018) C6 bao nhiéu s6 phitc z théa man |z| :|Z+E| =1?
A. 0. B. 1. C. 4. D. 3.
Loi giai
Chon C
Gidstr z=x+yi (x, yeR) >z=x-yi=>z+z=2x.
2 2
=1
Z| = [ 2.2 21 X"ty
Bairataco {' | <:>{ ey =

2x| =1 x:i%



Voi x:il:l+y2=1<:>y=i£.
2 4 2

V3 1 B 1 B

Do d6 ¢ 4 s6 phitc théaman 1a z, =+ + 324, 7 =L Y3, L N3, __
27 2 2 2 2 2

133,

2 2

Cau 12: (THTT S6 3-486 thang 12 nam 2017-2018) Tap hop cic diém biéu dién s6 phirc z thoa min
2|z - 1| = |z +z+ 2| trén mat phéng toa do 1a mot

A. duong thang. B. duong tron. C. parabol. D. hypebol.
Loi gidi
Chon C
Giast z=x+yi (x,yeR)=>Z=x—yi =>z+7 =2x.
Bairataco 2|x—1+yi|=2x+2| & 2y(x~1)" +»* =[2x +2)]
<:>(x—1)2 +y° =(x+l)2 X =2x+1+y" =x"+2x+1 < y* =4x.
Do d6 tap hop cac diém biéu dién sé phirc z thoa min 2|Z—1| = |Z+E+2| trén mat phang toa
d6 la mot parabol.
Cau 13: (THTT S 3-486 thang 12 niam 2017-2018) Tim gia tri 16n nhat cia P = ‘zz —z‘ +‘Z2 +z +1‘ voi
z 1a s6 phirc théa méan |z| =1.

A3 B. 3. g.% D.5.

Loi gidi
Chon C
Cach 1: it z=a+bi(a,beR). Do |z|=1 nén o’ +b° =1.

Str dung cong thuc: |u.v| =|u||v| ta co: ‘22 —Z‘=|Z||Z—l| =|z—1| z,/(a—l)z +b* =+2-2a.

‘zz +Z+1‘=‘(a+bi)2+a+bi+l‘:‘a2—b2+a+1+(2ab+b)i‘:\/(az—b2+a+l)2+(2ab+b)2

= Ja*Qa+1) +b* (20 +1) =|2a+1| (vi a>+b> =1).

Vay P=[2a+1/+~+2-2a.

e THI1: a<—l.
2
Suyra P=-2a—-1++2-2a :(2—2a)+\/2—2a—3ﬁ4+2—3:3 (vi 0<+2-2a<2).
e TH2: aZ—l.
2

2
Suyra P=2a+1++2-2a :—(2—2a)+x/2—2a +3:—(\/2—2 —%) +3+ls%.

Pang thirc xay ra khi 2 —2a —%zO:azg.

Cach 2: it z=a+bi(a,beR).Do |z|=1 nén o’ +b* =1. Nhan xét:a € [~ ;1]



fi(a)=2a+1+2-2a, ;sagl

Lap luan nhu cach 1 duge P=[2a+1|++2-2a =

fr(a)=—2a-1+~2-2a, —ISaS_71

1 1
2- , —<a<l
Taco f'(a)=] V2724 2 Xeét f'(a)=0=a="
1 -1 8
-2- ,—l<a<—
2-2a

Lép bbt xét dau f”(a) ta thay ham s dat gi4 tri 1on nhét 1a % khi a = %
Cau 14: (THPT Chuyén Lé Hong Phong-Nam Dinh-I4n 2 nim 2017-2018) Cho s6 phtic z va w théa
man z+w=3+4i va |z—w|=9. Tim gi4 trj 16n nhat ciia biéu thirc T = |z|+|n|.
A. maxT =+/176. B. max7 =14. C. maxT =4. D. max T =+/106.
Loi giai
Chon D
bat z=x+yi(x,yeR).Do z+w=3+4i nén w=(3—x)+(4-y)i.

Mat khic |z—w|=9 nén [z—w| = /(2x=3)’ +(2y—4)’ =4 +4)" —12x—16y+25 =9
© 2% +2y’ —6x -8y =28 (1). Suy ra T =|z|+|w| = > )7 +1/(3—x)" +(4-»)" .

Ap dung bt dang thitc Bunyakovsky ta c6 77 <2(2x* +2y* —6x—8y+25) (2).

Déu "=" xdy ra khi {x*+ 7 =\/(3-=x)" +(4-»)’.

Tur (1) va (2) taco T* <2.(28+25) < —/106 <T <106 . Vay MaxT =~/106 .

Ciu 15: (THPT Chuyén Lé Hong Phong-Nam Dinh-Ian 2 nam 2017-2018) Trong mit phang phirc,
goi 4, B, C, Dlan luot 1a cac diém biéu dién sb phic z, =-1+i, z,=1+2i, z,=2-1i,
z, =-3i.Go1 § la dién tich t&r gidc ABCD. Tinh §.

A.S=£. B.S=£. C.S=§. D.Szﬂ.
2 2 2 2
Loi gidi
Chon A
Tacd z, =—1+i= A(-L;1), z,=1+2i = B(1;2), z, =2-i= C(2;-1), z, = -3i = D(0;-3)
YA
Sl _ B

V><




AC=(3;-2)= AC =13, n=(2;3) 1a véc to phap tuyén cia AC, phuong trinh AC':
2(x+l)+3(y—l)=0<:>2x+3y—1=0.
Khoang cach tir B d&én AC la:

2+32-1) 1

\/_ \/_ AABC

d(B;AC) =

= Syne :%.d(D;AC).AC:E —A13=5.

Vay S =S¢ +Sunc :%+5:1?7.

Céu 16: (Dé tham khao BGD nim 2017-2018) Cho s6 phitc z=a+bi (a,beR) théa min
z+2+i—|z|(1+i)=0 va |z|>1. Tinh P=a+b.

A. P=-1. B. P=-5. C. P=3. D. P=7.
Loi giai

Chon D
z42+i-|z|(1+i) =0 (a+2)+(b+1)i=|z|+il|

{a+2=|z| a+2=~a’ +b’ (1)

=S

b=l |p+1=va’+5? (2)

Léy (1) trr (2) theo vé ta dugc a—b+1=0<> b=a+1. Thay vao (1) ta dugc
2>1 d 1
a+2:\/a2+(a+1)2<:> ares ( 0|Z|> )<:>a:3.Suyra b=4.
a’-2a-3=0

Do d6 z=3+4i 6 |2|=5>1 (thda diu kién |z|>1).

Vay P=a+b=3+4=7.



Céu 1: (THTT S§ 4-487 thang 1 nam 2017-2018) Cho s phirc z thod man |z—3-4i|=~/5. Goi M va

m 1an luot 1a gia tri lon nhét va gia tri nho nhét cta biéu thac P = |z + 2|2 - |z - i|2. Tinh moédun

ctia s6 phicc w=M +mi .

A. [w]=~/1258. B. [w]=+/1258. C. [w=2v314. D. [w]=2+/309 .
Loi giai

Chon B

Giast z=a+bi (a,beR ).

|z-3-4i| =5 & (a=3) +(b-4) =5(D).

P=lz+2f —|z=if =(a+2) 407 [ @ +(b-1)" | =4a+2b+3(2).

Tur (1) va (2) tacod 204 +(64—8P)a+P2 —-22P+137=0 (*).

Phuong trinh (*) ¢6 nghiém khi A'=—-4P* +184P-1716>0

S 13<P<33=|w=1258.

Cau 2: (THPT Chuyén DH KHTN-Ha Néi niam 2017-2018) Cho s6 phic z, biét ring cac diém biéu
dién hinh hoc cua céc sd phuc z;iz va z+iztao thanh mot tam giac c6 dién tich béng 18. Mo
dun cua s6 phiic z bang
A. 243. B. 3V2. C. 6. D. 9.

Loi giai
Chon C

Goi z=a+bi,a,beR néniz=ai—b, z+iz=a+bi—b+ai za—b+(a+b)i

Ta goi A(a,b), B(~b,a), C(a—b,a+b)nén ZE(—b—a,a—b), Z@(—b,a)
_ lr— — _ 1 2 2 1 2 2\ _ 2 2 _
§=2[4B.AC) =20 ~p| & S(a* +07)=18 & Va? 457 =6,
Cau 3: (THPT Chuyén Hoang Vin Thu-Hoa Binh nim 2017-2018) Cho s6 phirc z thoa man |z| =2.

Biét rang tap hop céc diém bicu dién s6 phitc w =3-2i +(2 —i)z la mt dudng tron. Ban kinh

R cua dudng tron do6 bang ?

A 7. B. 20. C. 245. D. 7.
Loi giai
Chon C
Ta céd w=3—2i+(2—i)z @z:w.f)ét w=x+yi (x,yeR).
—1
Khi dé Z:M_
2—1i
Tacd |z|:2:|x+yi_§+2i|=2<:>|x_3+(y.+2)i|: |x—3+(y.+2)l|_2
| 2—i | |2—l| |2—z|

2

S=3+(y+2)i =221 & [r=3+(y+2)i]=2V5 & (x=3) +(y+2)" =(2V5)
Vay tap hop céac diém biéu dién sb phirc w=3-2i+(2—i)z la mot duong tron c6 ban kinh

R=25.



Cau 4: (THPT Chuyén Hoang Van Thu-Hoa Binh nam 2017-2018) Cho sb phirc z théa man
4|z+i|+3|z—i|=10. Gi tri nho nhat ciia |z| bang:

A.l. B.E. C.E. D. 1.
2 7 2
Loi giai
Chon D

Goi z=a+bi (a,beR).Khido:

Az +i|+3]z—i] =4y’ +(b+1) +3(a> +(b-1)" (42 +3)(a* +(b+1) +a* +(b-1) )
10 <25(2)f +2) <421,
24 7

Vay gi4 tri nho nhat cta |z| 1a 1, datkhi a==—; b=— hayz=ﬁ+i .
25 25 25 25

Cau 5: (THPT Hau Loc 2-Thanh Héa nam 2017-2018) Trong mat phéng toa dd Oxy,goi M, N, P

lan luot 14 cac diém bicu dién céac s6 phiic z, =1+i, z, =8+i, z, =1-3i. Khing dinh nio sau

day dang?

A. Tam gidc MNP can. B. Tam gidc MNP déu.

C. Tam giac MNP vudng. D. Tam giac MNP vuodng can.
Loi giai

Chon C

M 1a diém biéu dién s6 phirc z, =1+i nén toa do diém M 1a (1;1).
N la diém bicu dién s phtrc z, =8+i nén toa do dim N 1a (8;1).
P la diém bi€u dién s6 phic z, =1-3i néntoa do diém P 1a (,-3).

MN.MP=0
Tacod MN =(7;0), MP =(0;—4) nén ‘_‘ ‘ ‘ hay tam giac MNP vudng tai M va

khong phai tam giac can.

Cau 6: (THTT so 5-488 thang 2 nam 2018) C6 bao nhiéu sb phuc z théa man _1 z _3.1 =1?
z—1 zZ+1
A. 0. B. 1. C.2. D. 4.
Loi giai
Chon B
Goi z=a+bi (a,b € R).
Ta co:

|z—1|:|z—i| - (a—l)z+b2=arz+(b—l)2 @{—2a+1:—2b+1®{a:1
z=3i|=|z+i] @ +(h-3) =’ +(b+1)  (“6b+9=2b+1 h=1

Vay c6 mot s6 phuc thoaman [a z=1+i.



Cau 1: (THPT Kinh Mén-Hai Duwong Iin 1 nim 2017-2018) Sb phitc z=a+bi ( véi a, b 1a sb

nguyén) thoa man (1—3i)z 1a s6 thuc va ‘;—2+5i‘=1. Khidé a+b 1a

A. 9. B. 8. C.6. D. 7.

Loi gidi

Chon B

Ta co: (1—31’)2=(l—3i)(a+bi)=a+3b+(b—3a)i.

Vi (1-3i)z lasd thuc nén b-3a=0 =b=3a (1).

z=2+5] =1 la-2+(5-b)i| =1 (a=2) +(5-b)" =1 (2),

a=2=5b=6

Thé (1) vao (2) taco: (a—2) +(5-3a) =1 10a* ~34a+28=0 | 7 .
azg (loai)
Vay a+b=2+6=8.

Cau 2: (THPT Kinh Mén-Hai Duong lin 1 nam 2017-2018) Cho hai s phic z,, z, thoa man

|z, +5| =5, |z, +1-3i| =|z, -3 6i|. Gié tri nh6 nhat cta |z, - z,| 1
A.é. B.Z. C.l. D.i.
2 2 2 2
Loi giai
Chon A
Gia st z, =a, +bi(a,b €R), z, =a, +bji(a,,b, eR).
Taco

0 |z, +5=5 < (a+5) +5? =25. Do do, tap hop cic diém A biéu dién cho sb phic z, 1a

duong tron (C):(x+5)"+y* =25 co tam la diém 7(-5;0) va bankinh R =5.

0 |z, +1-3i =]z, ~3-6i] & (a, +1)" +(b, =3)" =(a, -3)" +(b, -6)’

< 8a, +6b, —35=0. Do d6 tap hop cac diém B biéu dién cho sb phirc z, la duong thang

A:8x+6y—-35=0.

Khi d6, ta ¢6 |z, —z,| = 4B.

|8.(—5)+6.0—35|_5 E
V& +6°

Suyra |z, —z,| =4B, =d(l;A)-R =

N |

Vay gi4 tri nho nhit cua |Z1 —zz| la %

Céu 3: (THPT Hong Linh-Ha Tinh-lan 1 nim 2017-2018) Cho s6 phitc w=x+yi, (x,y €R) théa
mén diéu kién |w’ +4|=2|w|. Pat P=8(x* —)”)+12. Khang dinh nio dudi day ding?
A. P= —(W —2)2 . B P=—(f —2)2 . G P=—(w-4).  D.P=—(jwf —4)2 .
Dap 4n A va B ¢6 gia tri nhu nhau nén em da sira dap an A.
A P=—(jwf +2)2. B. P=—(|juf —2)2 . CP=—(w-4).  D.P=—(f ~4).

Loi giai



Chon B

Tacod w +4 z(x+yi)2+4 =x2—y2+2xyi+4:>‘w2+4‘=\/(xz—y2+4)2+4x2y2 .
Do do
‘w2+4‘=2|w| <:>\/(x2—y2 +4)2 +a4x7y? =2x*+)° <:>(x2—y2+4)2 +4x7y’ =4()c2 +y2)

<:>)c4+y4—2x2y2+8()c2 —yz)Jr16+4x2y2 :4()c2 +y2)

<:>x4+y4+2x2y2—4(x2+y2)+4+8(x2—y2)+12=0

& (2 40) ~4(x*+07)+4+8(x* =) 41220 & (x* +7 ~2) +8(x* —y*)+12=0

<:>8(x2—y2)+12:—(x2+y2—2)2<:>P:—(|w|2—2)2.

Céu 4: (THPT Chuyén Tién Giang-lan 1 nam 2017-2018) Cho s phttc z=a+bi (a, bR) thoa man
z+1+43i—|zi=0.Tinh S=a+3b.

A.S:z. B. S=-5. C. §=5. D.S:—Z.
3 3
Loi giai
Chon B

Tacod z+1+3i—|z[i=0  a+bi+1+3i—iNa* +b* =0

a+1=0
<:>a+1+(b+3—\/a2+b2)i=0 o
b+3=+a’+b’

a=-1 a=-1
<< b2—3 & 4:S__5
(b+3)" =1+b 3

Céu 5: (THPT Chuyén Tién Giang-lan 1 nam 2017-2018) Biét s6 phirc z théa man |z -3 —4i| = J5 va
biéu thite T =|z+2[" ~|z—i dat gia tri 16n nhat. Tinh |z|.
A. |z|=+33. B. |2|=50. C. |z|=+/10. D. |2|=5V2.
Loi gidi
Chon D
Dt z=x+ yi, theo gia thiét |z -3 -4 =5 & (x-3) +(y-4)" =5. (C)
Ngodira T=|z+2 ~|z—i" < 4x+2y+3-T =0 (A) dat gia tri 1on nhét.

R3 rang (C) va (A) c6 diém chung do d6 %s J5 < 13<T7<33.

Vi T dat gid trj 16n nhat nén 7 =33 suyra 4x+2y-30=0<> y=15-2x thay vao (C) ta
duge 5x% —50x+125=0 x=5= y=5. Viy |z|=5V2.

Cau 6: (THTT s6 6-489 thang 3 nim 2018) Cho hai diém 4, B 14 hai diém biéu dién hinh hoc sé phuc
theo thir tw z,, z, khac 0 va thda man dang thic z2 +z” = z,z,. Hoi ba diém O, 4, B tao

thanh tam giac gi? (O 1a gbc toa d9)? Chon phuong 4n dung va day di nhat.
A.Cantai O. B. Vudéngcantai O. C. Déu. D. Vuong tai O.



Loi giai
Chon C
Theo gia thiét suy ra: O4 = |ZO

, OB=|z| va AB=|z,-z|.

Taco: z; +z; =z0z1c>z§—zozl+zf:Oc>(zo+zl)(z§—zozl+zf):0.
Sz +z =0z =z ©|z)|=|z| < 04=0B.

Xét (z,—2,) = 22 +22 ~ 22,2 = 2,2, = |z, — 2,|” =|z .||

< AB> =0A.OB < AB=O0B.
Vay AB=O0B =04 hay tam giac OAB 1a tam giac déu.
Cau 7: (THTT s6 6-489 thang 3 nim 2018) Goi M va m lan luot 1a gi4 tri 16n nhit va gia tri nho nhat

cia P=|"! , Vi z 1a s6 phirc khac 0 thoa méan |z|22. Tinh 2M —m.

z
A. 2M—m:%. B. 2M—m:§. C.2M -m=10. D.2M -m=6.
Loi giai
Chon B
P= 24 :|Z+i| S|Z|+|i| =1+iS§.D€iub§mgxéyrakhi z=2i.Vay M:E.
z |Z| |Z| |Z 2 2

z+1i _ |Z+i| . ||Z|—|l|| _ |Z|—|i| :1—izl.

P= > Dau bang xay ra khi z=-2i .
S

1
Vay m=—.
ay 2

Viay 2M—m=%.

Céu 8: (THPT Chuyén Ha Tinh-lan 1 nam 2017-2018) Cho s6 phitc z=a+bi (a,b€R,a>0) théa

man |z—1+2i|=5 va zz =10. Tinh P=a-b.

A. P=4. B. P=—4. C. P=-2. D. P=2.
Loi giai
Chgn A
, ~1) +(b+2)" =5
Tur gid thiét Z—1+2i|:5 va z.z =10 ta c6 hé phuong trinh (a ) ( )
a’+b* =10
a-2b=5 a=2b+5 a=3 a=—1(1 ). Vay P4
= = = a oai). Vay P=4.
a’+b> =10  |(2b+5) +b*=10  |b=-1 =3 >

Céu 9: (THPT Chuyén Ha Tinh-lin 1 nam 2017-2018) Cho s phirc z thoa méan |z —1-i|=1, s6 phirc
w thoa man |vT/—2—3i| =2 . Tim gi4 tri nho nhét cua |z— w| .
A V13-3. B. \17-3. C. 17 +3. D. V13 +3.
Loi giai
Chon B
Goi M (x;y) biéu dién sé phitc z=x+iy thi M thudc dudng tron (C)) co tam 1,(1;1), ban
kinh R =1.



N(xy") biéu dién s6 phic w=x"+iy’ thi N thudc dudng tron (C,) cotam I,(2;-3), ban
kinh R, =2. Gid tri nho nhét cua |z - w| chinh la gia tri nho nhat caa doan MN .
Taco L, =(1;—4) = LI, =17 > R + R, = (C,) va (C,) & ngoai nhau,
—MN,_ =I1I,—-R —R,=17-3
Cau 10: (THPT Chuyén Ha Long-Quéing Ninh Ian 2 nam 2017-2018) Cho céc sb phic z, =—2+1,
z,=2+i vasé phitc z thay déi thoa min |z—z| +|z—z,[ =16. Goi M va m lan luot 14 gia
tri 16n nhét va gia tri nho nhat cia |Z| Gia tri biéu thac M* —m® bang
A. 15. B. 7. C. 11. D. 8.
Loi giai
Chon D
Gia st z=x+yi(x,ye]R).
Ta co: |Z—Zl|2+|z—22|2 =16 <::>|x+yi+2—i|2 +|x+yi—2—i2 =16 & x° +(y—1)2 =4.
Suy ra tap hop diém biéu dién cua sé phiuc z 1a dudng tron tdm sb phic [ (0;1) ban kinh

R=2.
Y

Dodé m=1, M =3.
Vay M>-m’® =8.

Cau 11: [2D4 -3|(THPT Chuyén Ha Long-Quing Ninh Iin 2 nam 2017-2018) Cho cic s6 p, ¢ thoa

man cac diéu kién: p>1, ¢g>1, l+l=1 va cac sb duong a, b. Xét ham s6:
yZ|

y=x""(x>0)cé dd thi 1a (C). Goi (S,) 1a dién tich hinh phang gi¢i han bsi (C), tryc
hoanh, dudng thing x=a, Goi (S,) la dién tich hinh phang giéi han boi (C), truc tung,
duong thang y =5, Goi (S ) la dién tich hinh phang gidi han béi truc hoanh, tryc tung va hai
dudng thang x=a, y=b. Khiso sanh S, +S, va S ta nhan duoc bat dang thirc nao trong cic
bat dang thirc dudi day?

Yy xX=a / y= s

b




P bq p-1 bq—l p+l bq+1

A, —+—<ab B. + >ab. C. + <ab. D. —+—2=ab
P q p-1 g-1 p+l g+l P q
Loi giai

Chon D
Taco: S<S,+85,.
b
1
a xp @ ap b L ;H q b bq
Slzj.(xp_l)dx‘:[—j :—, S2:I ypil dy: 'yl :[y—J = —
0 PJl, P 0 —+1 q /1
p-1 o
Vi - L1
p-1  p-1 1 1
P 9
P q
vay L+ 2> ab.
P q

Céu 12: (PTNK-DHQG TP HCM-Ian 1 nam 2017-2018) Goi (H) 1a tap hop céc diém biéu dién so
phirc z théa 1<|z—1|<2 trong mit phang phirc. Tinh dién tich hinh (H).
A. 2rx. B.3r. C.4r. D. 5x.
Loi giai
Chon B

Z—1|=|x—l+yi| :\/(x_l)z +y°.

Dodo 1<|z-1|<2 & 1<(x=1) +)? <2 & 1<(x-1) +)7 <4,

bat z=x+yi,

Téap hop céc diém biéu dién sb phic z 1a hinh phang ndm trong duong tron tim /(1;0) ban
kinh R =2 va nim ngoai duong tron 7(1;0) ban kinh r=1.
Dién tich hinh phang S = 7.2 - 7.1 =37
Cau 13: (THPT Chuyén DH Vinh - [in 1 - niam 2017 - 2018) C6 bao nhiéu s phic z thoa méin diéu
kién z* = |Z|2 +z?
A. 1. B. 4. C.2. D. 3.
Loi gidi
Chon D
bat z=a+bi (a,beR).



Tacod z* =|z|2 +z <::>(a+bi)2 =a’+b*+a-bi < 2abi—b* =b>+a—bi

b=0

2ab=-b 1

odla=——

b =b*+a 2

20 +a=0

e )H)=0=a=0=>z=0.
o az—l:bzil:z=—lili.
2 2 2 2

Vay c6 3 sb phiic thoa ycbt.

Ciu 14: (THPT Quéang Xwong I - Thanh Héa — nam 2017 — 2018) Cho hai sb phitc z,, z, ¢6 diém
biéu dién 1an lugt 1a M,, M, cing thuoc duong tron cé phuong trinh x* +y? =1 va
|z, —z,| =1. Tinh gié trj bicu thitc P=|z, +z,)|.

A.P:?. B. P=42. C.P:%. D. P=4/3.
Loi gidi

Chon D

Taco M,, M, cing thudc duong tron tim O(0;0) ban kinh R=1.

Vi |z1 —z,|=1 nénsuyra MM, =1. Vay tam gidc OM,M, 14 tam giac déu canh bang 1.

Goi H la trung diém cua M M, thi OH la trung tuyén ctia tam giac déu OM M, c6 canh

143 V3

bang 1. Suy ra OH = ——
g y > 5

Tacod P=|z +z,| =|0M,

- ‘20—1{\ —20H = 2.? =3.

X

3x+49x =1

Ciu 15: (SGD Bic Giang — nam 2017 — 2018) Cho dx = a+b\/5, véi a, b 1a cac sd

0 | e —

hiru ti. Khi d6, gia trictia a 1a

A -2 B. 2. c. 2. D. -2
27 - 27 26 27
Loi giai
Chon B

1 3 1
dx jx(3x— 9x? —l)dxz x3—£(9x2—1)5 :é_g\/f

1 27 1 27 27

3 3

Ciu 16: (SGD Bic Giang — nam 2017 — 2018) Cho s6 phitc z théa min |z|—2E =—7+3i+z.Tinh |z|

A.3. B. E C. é D.5.
4 4
Loi gidi
Chon D
Gia st z=x+yi (x,yeR).



Ta co: |2|-2Z ==T+3i+z < |x* + " —2x+2pi =—T+x+(y+3)i

@{Vx2+y2 _2x2_7+x<:>{x::.Vﬁy |2|=5.

2y=y+3 y=

Cau 17: (SGD Bac Giang — nam 2017 — 2018) Cho hai sé phic z, w théa min

|Z_3_21|S1 1 14 . 9 A 5 s A r
-t 1424 < w2 1] Tim gi4 tri nho nhét P, cua biéu thic P =|z—w].

min

Ao Pmin:3\/§_2' B' Pmin:\/§+l. g- ijn:5\/§_2- DO Rnin:3\/§_2.
2 2 >
Loi giai
Chon C

Gidst z=a+bi; w=x+yi (a,b,x,ye]R). Taco

|z-3-2{<1 & (a-3) +(b-2)" <1. Suy ra tap hop diém M biéu dién s6 phitc z 1 hinh
tron tm 7(3;2), bankinh R=1.

|w+1+2i|£|w—2—i|<:>(x+1)2+(y+2)2 S(x—2)2+(y—1)2 < x+y<0. Suy ra tdp hop
diém N biéu dién s6 phirc w 1a nira mit phang gidi han boi dudng thing A:x+y =0 (tinh ca

bo dudng thang) (hinh v§)
y

[\

Taco d(1,A) > Goi H 12 hinh chiéu ciia I trén A.

2
52 52

Khi 6 [z —wf=MN 2d(1.A)~R="""~1.Suyra B, :Tz_l'

Cau 18: (Chuyén DB Song Hong —Lan 1 nam 2017 — 2018) Cho hai s6 phiic z,, z, théa man
|z, +1-i|=2 va z, =iz,. Tim gi4 tri 16n nhat m cta biéu thuc |z, — z, |
A m=22+2. B. m=+2+1. C.m=242. D.m=2.
Loi gidi
Chon A
Goi z, =x+yi (x,yeR), khi d6 theo gia thiét ctia dé bai ta c6 z, =—y+xi .
Khi d6 |z, +1-i]=2 & (x+1) +(y-1)" = 4.
Vi vayténtai teR dé x=—1+2sint va y=1+2cost.

Do do |Z1 —zz|2 =()c+y)2 Jr(y—x)2 =2(x2+y2)
:2[6—4(sint—c0st)] :12—8\/§sin(t—%j 312+8\/§.
Do d6 m=~12+8J2 =242 +2.



Céu 19: Cho s6 phitc z=a+bi (a, b 1a céc s6 thyc ) théa man z|z|+2z+i=0. Tinh gi4 tri cia biéu
thic T =a+b".
A.T=4J3-2. B. T=3+22. C.T=3-22. D.T=4+23.
Céu 20: (THPT Chuyén Ngit — Ha Noi - Lin 1 nam 2017 — 2018) Cho s6 phttc z=a+bi (a, b 1a cac sb thuc
) théa man z|z|+2z+i=0. Tinh gid trj ciia biéu thirc T =a+b".
A T=43-2. B. T=3+22. C.T=3-2/2. D. T=4+2./3.
Loi gidi
Chon C
Tacd z|z|+22+i:O@(a+bi)|a+bi|+2(a+bi)+i=0

Sava’+b +2a+bVa’ + i+ 2bi+i=0< aa® +b* +2a+bNa> +b’i+2bi+i=0
Na*+b* +2a=0
<:>a\/a2+b2+2a+(b\/a2+b2+2b+1)i:0<:>{a “ a4

Na*+b> +2b+1=0
a=0 a=0
<:>{ 2b+1-

oo +2b+1=0 ||b|=-

b
|b|——2b+1
2b+1 b 2
|b|:— = <:>b:1—\/§.Suyra T=a+b>=3-2./2.
b —l<b<0
5 <

Cau 21: (THPT Tran Pht — Ha Tinh - Lan 2 nim 2017 — 2018)C6 bao nhiéu s6 phic z thoa min
|z+1-3i|=3v2 va (z+2i)" 1a s thuin ao?
Al B.2. C.3. D. 4.
Loi gidi
Chon C
Giast z=x+yi (x,yeR).Khid6|z+1-3]=3v2 & (x+1) +(y-3)" =18 (1).

(z+2i) =[x+ (y+2)i] = ~(y+2) +2x(y+2)i.

. x=y+2
Theo gia thict ta c6 x° —(y+2)2 =0 4 :
xz—(y+2)
V6i x=y+2 thay vao (1) ta duge phuong trinh 2)* =0< y=0=>x=2 =z =2.
y:1+\/§

Véi x=—(y+2) thay vao (1) ta duoc phuong trinh 2y* —4y —8=0«

y:1—\/§
z, :—3—\/§+(1+\/§)i
z :—3+\/§+(1—\/§)i‘

Viay ¢6 3 sb phirc thda méan yéu cau bai toan.
CAu 22: (THPT Quynh Luwu 1 - Nghé An - Lan 2 nam 2017 - 2018) Gia st z,,z, 13 hai nghiém

=

phirc ctia phuong trinh |(2+1)|z|z—(1-2i)z| =[1+3i] va |z, —z,|=1. Tinh M =|2z, +3z,|.
A M=19. B. M =25. C. M=5. D. M =+19.



Loi giai
Chon D
Tir i thidt,ta 06 |(2]2] ~1)+(|z|+2)il.[2] =10 & (2]z|=1)" +(|+2)" ||} =10
& 5|2 +5[2[ ~10=0 < |z|=1 (vi [2[2 0).

— .y _ . . _ _ A 2 2_ .2 2 _
Goi z, =x, +yji va z, =x, + y,1. Taco |Zl|—|Zz|—l nén x; +y, =x;, +y; =1.

Mat khéc, |z, —z,| =1 nén (x, —x,) + (3 —») =1.Suyra xx, + 3,7, =%.

Khi d6 M = |2z, +32,| = (25, +3x,)" + (23, +3y,)’

=\/4(x12+y12)+9(y12 +y22)+12(x1x2+y1y2)

Vay M =19 .



Ciu 1: (SGD Thanh Héa — nam 2017 — 2018) Cho z,, z, 1 hai trong céc s6 phiic z thoa min diéu
kién |z—5-3i|=5, dong thoi |z, —z,| =8. Tap hop cac diém biéu dién cia s6 phitc w=z, +z,

trong mat phang toa 46 Oxy 1a duong tron c6 phuong trinh nao dudi day?

5Y 3} 9 ) )
A [ x-2 2] =2, B. (x—10 ~6) =36.
(x 2) +(y 2) 4 B (x=10) +(y=6)
5Y 3Y
C. (x—10)" +(y—6)" =16. D. (x—gj +(y—5j =9.
Loi giai
Chon B

Goi 4, B, M la cac diém biéu dién cua z,, z,, w. Khi d6 4, B thuoc duong tron
(C):(x=5) +(y-3)" =25 va AB=|z,—z,|=8.
(C) c6 tm 1(5;3) va ban kinh R=5, goi T 1a trung diém cia AB khi d6 T la trung diém
ctia OM va IT =14 —T.4° =3,
Goi J la diém dbi xtmg cia O qua I suyra J (10;6) va IT 1a duong trung binh cta tam giac
OJM ,dodo JM =2IT =6.
Vay M thuoc duong tron tdm J ban kinh bang 6 va c¢6 phuong trinh
(x—10)" +(y-6)" =36.

Céau 2: (THPT Chuyén Nguyén Quang Diéu - Pong Thap — Lin 5 nim 2017 — 2018) Biét s6 phiric z ¢
phan a0 khac 0 va théa min ‘z—(2+i)‘ =10 va zz=25. Piém nao sau day biéu dién sb

phtc z trén?
A. P(4 -3). B. N(3; -4). C. M(3; 4). D. 0(4 3).

Chon C
Gid st z=x+yi (x,ye]R,yiO).
Ta co |z—(2+i)|:\/ﬁ = x+yi—(2+i)|=\/m

<:>|(x—2)+(y—1)i|=\/ﬁ <::>(x—2)2+(y—1)2 =10 & x> +y* —4x-2y=5.

Laicd zZ =25 x>+ =251nén 25-4x-2y=52x+y=10 < y=10-2x
x=5

= x? +(10-2x)" =25 & 5x* ~40x+75=0 @{ 5
X =



+Véi x=5= y=0, khong théaman vi y #0.
+Voi x=3=y=4,théaman y#0 = z=3+4i.
Do d6 diém M (3; 4) biéu dién sb phirc z .

Ciu 3: (THPT Chuyén Nguyén Quang Diéu — Péng Thap — Lan 5 nim 2017 - 2018) Cho 4, B 1a hai
diém biéu dién hinh hoc sé phirc theo thu tu z,, z, khadc 0 va théa man dang thuc
zé +le =z,z,. Hoi ba diém O, 4, B tao thanh tam giac gi (O la géc toa d9) ? Chon phuong
an dung va day du nht.

A. Péu. B. Can tai O. C. Vuong tai O . D. Vudng can tai O.
Loi giai

Chon A

Do z, # 0 nén chia 2 vé cla d?lng thire cho z, ta duoc:

2
=] +1:z_o@i:li£imo=(li§ijzl.

z Z z, 22 2

bit |z|=04=a = OB =|z)|= %i?i |z|=a.
Laico z, -z =(li£ijzl -z, =[—li£1}zl = AB=|ZO—ZI|= —liﬁi |Zl|=a.
2 2 2 2 2 2

Viy AOAB déu.
Cau 4: (THPT Chuyén Nguyén Quang Diéu — Péng Thap — Lin 5 nim 2017 — 2018) Goi M va m lan

+1i L s A , . v s ~
, Vo1 z la so phtrc khac 0 va thoa man

cr ac o1z J4 \ , 4 , z
lugt 14 gia tri 1on nhat va nhd nhat cia P =

z
|Z|22.Tinht}"/56%.
m
aAds B2 c X2 p. X1
m m m 4 m 3
Loi giai
Chon B
Goi 7= = (T-1)z=i .
z
Néu T =1= Khong c6 sd phtic ndo thoa min yéu cau bai toan.
NéuT#1=z=— o=l |22 |r-1< L.
T-1 -1 2




) ) ~ 1
Vay tap hop diém biéu dién s6 phire 7' 1a hinh tron tm /(1;0) c6 ban kinh R = 5

M =0B=0Il+R-=

= =3.

3
2 M

:>_
l m

szA:|OI—R|:2

Cau 5: (THPT Chuyén Thai Binh — Thai Binh — Lan 5 nam 2017 — 2018) Cho s6 phirc z théa man
|(1+1)z+2|+|(1+i)z-2|=4v2. Goi m=max|z

, n=min|z| va sO phtitc w=m+ni. Tinh

2018
v
A. 417, B. 5'". C. 6", D. 2!,
Loi giai
Chon C

Taco [(1+0)z+2|+[(1+1)z=2|=4V2 & |z+1-i|+|z -1+ =4.

Goi M 1a diém biéu dién cta s6 phirc z, F(-11) la diém biu dién cua s phic z, =—1+i va
F,(L-1) 1a diém biéu dién ctia s6 phic z, =1—i. Khi d6 ta c6 MF, + MF, =4 . Vay tap hop
diém M biéu dién s6 phitc z 1a Elip nhan £, va F, lam hai tiéu diém.

Tacod FF,=2c<2c=2V2 < c=12.

Mat khac 2a=4<a=2 suyra bzmzmzﬁ.

Do d6 Elip ¢c6 d) dai tryc Ion1a 44, =2a=4,d) daitrycbéla BB, =2b= 2.

Mit khdc O 1a trung diém cia 4B nén m :max|z| =maxOM =04, =a=2 va
n=min|z| =minOM = OB, =h=+2.

Do d6 w=2++/2i suy ra |w| =6 = |w|20]8 =6'"".

Cau 6: (THPT Chuyén Lwong Thé Vinh - Ha Noi - Lan 2 nam 2017 - 2018) Cho s6 phirc z théa
min (z—2+i)(2—2—i):25. Biét tap hop cac didm M biéu dién sb phuec w=2z-2+3i la
dudng tron tim 7 (a;b) va ban kinh c. Gid tri cua a+b+c bang
A 17. B. 20. C. 10. D. 18.

Loi giai
Chon D
Giast z=a+bi (a;beR) va w=x+yi (x;yeR).
(z=2+i)(z-2-i)=25 = [a-2+(b+1)i][a-2—(b+1)i]=25
& (a-2) +(b+1) =25(1)
Theo gia thiét: w=2z-2+3i < x+yi=2(a—bi)-2+3i & x+yi=2a-2+(3-2b)i.

B a:x+2
{x—Za—Z 2

= = (2) .
y=3-2b b:3—y
2



2 2
Thay (2) vao (1) ta duoc: (%”—2) +(3_Ty+1j =25 (x=2) +(y-5)" =100.

Suy ra, tap hop diém bicu dién cuia s6 phirc w 1a duong tron thm /(2;5) va ban kinh R =10.
Vay a+b+c=17.

Cau 7: (SGD Ha Tinh - Lan 2 nam 2017 — 2018) Biét rang hai sb phuc z,, z, thoa man
|z, —3-4i|=1 va |z,-3-4i =%. S6 phirc z c6 phan thuc 1a @ va phan 4o 1a b théa min
3a—2b=12. Gid tri nho nhdt cia P=|z—z|+|z—2z,|+2 bang:

V9945

Rnin: 11 . B' I)minzs_z\/g‘ g‘ Rnin:%‘ D' Pmin:5+2\/g'

Huéng din giai
Chon C
Goi M,, M,, M lan lugt la diém biéu dien cho so phiic z,, 2z,, z trén hé truc toa do Oxy .
Khi d6 quy tich cia diém M, 1a duong tron (C,) tim 7(3;4), bankinh R=1;
quy tich ctia diém M, 1a duong (C,) tron tim 7(6;8), ban kinh R =1;
quy tich cuia diém M 1a duong thing d :3x—2y—12=0.
Bai toan trg thanh tim gi tri nho nhét caa MM, + MM, +2.

y

I
1 1
| 1
I 1
| 1
I 1
1 1
1 1
1 1
1 1
| 1

3 6 X

o

Goi (Cy) co tam 1, (%,%), R =1 la duong tron doi ximg véi (C,) qua d . Khi d6

min (MM, + MM, +2) = min( MM, + MM, +2) v6i M, €(Cy).
Goi 4, B lan lugt la giao diém ciia doan thang 7,7, v&i (C), (Cy). Khi d6 voi moi diém

M, e(C), M, e(C,), M ed tacd MM, + MM, +2> AB+2, ddu "=" xay ra khi

M,=AM,=B.Dod6 P, =AB+2=11,-2+2=11I, = “919345 :

Cau 8: (THPT Nghen - Ha Tinh - Lan 2 nim 2017 - 2018) Cho cac s6 phtrc z théa man |z —i| =|z —1+2i].

Tap hop cac diém biéu dién céc s& phirc w=2z+2i trén mat phang toa do la mot duong thang.
Phuong trinh dwong thang dé la:



A. x—4y+3=0. B. x+3y+4=0. C. —x+3y+4=0. D. x-3y+4=0.

Loi gidi
Chon D
Gid st w=x+yi, (x,yeR). Khi d6 w=z+2i < z=w-2i=x+(y—2)i. Do d¢ biéu thic
|Z—i|=|z—1+2i| tro thanh |x+(y—2)i—i|:|x+(y—2)i—1+2i|c>|x+(y—3)i|:|(x—l)+yi|
<:>x2+(y—3)2:(x—1)2+y2<:>x—3y+4:0.

Cau 9: (THPT Chu Vin An - Ha Noi - nim 2017-2018) S8 phitc z=(1+i)+(1+i) +...+(1+i

2018
)" co
phan 4o bang
A2™ ] B. 2" +1. C.1-2" D. (2 +1).
Loi gidi
Chon B
(l+l.)2018 _1
Co z= (1+z‘)+(1+z‘)2 +...+(1+z‘)20'8 =(1+i).———= (1_,')[(1+l-)2°'8 _1}
1

Do (1+l.)2018 _ [(1_”)2 :|1009 _ (21')1009 _ 21009.(1,2 )504 i 210091'
Suyra z=(1-7).(2'""i-1)=(2""" 1)+ (1+2"")i. Vay phan do ca s6 phirc z 1a 2" +1.

5 5 2018
Cau 10: (THPT Chu Van An — Ha No6i - nam 2017-2018) Khai trién ctia biéu thirc (x2 +x+ 1) duoc
viét thanh @, + @, X + @,X* + ...+ a,, x*7°. Tong S =a, —a, +a, —a, +...— Gy, +a,,,, bang:
A _21009 B 0 C 21009 D _1
Loi giai
Chon D

4036

. 2018 )
Taco (x"+x+1 =ay+ax+a,X" .+ QX

4036

2018
_ .2 . _ . . .
Cho x =1 ta dugc (1 +1+1) =a,+ai—-a,—aji+a,+ai—a, —..+a,,.

. 2018
Hay S=a,—a,+a, —ag+..— Qy + a4 = (-1+i+1)" =-1.

Cau 11: (THPT Chu Van An — Ha Ngi - nam 2017-2018) Cho céc sb phiic z,, z,, z, théa min diéu
kién |z|=4, |z,|=3, |z|=2 va |4zz,+162,2,+9zz]=48. Gid tri cia biéu thirc
P= |z1 +2z,+ Z3| bang:
A. 1. B. 8. C. 2. D. 6.
Loi giai
Chon C

Ta co |zl|=4,

zz|=3, Z3|=2 nén z,.z, :|Z1|2 =16, z,.z, :|22|2 =9, z,.z, =|Z3|2 =4.
Khi do6 |4zlz2 +16z,z;, + 9zlz3| =48 < |E3212223 +72,2,2,2, +Ezzlzzz3| =48
S|(Z+7,+5,) 22,2, =48 S |5, +5, +E)| =2 hay P=|z,+2z,+2,|=2.
Cau 12: (THPT Chuyén Vé Nguyén Giap — Quang Binh - nam 2017-2018) Cho sb phirc z,, z, théa

man |z,|=12 va |z, -3—4i|=5. Gi4 tri nho nhét cua |z, - z,| la:



A 0. B. 2. C.7. D.17.
Huéng dan giai
Chon B
Goi z =x,+yi va z,=x,+y,, trong d6 x,, ., x,, y, eR; dong thoi M (x;y) va
M, (x,;¥,) lan lugt 1a diém biéu dién céc sb phuc z,, z,.
L X;+y; =144
Theo gia thiét, ta co: 5 5 .
(x2 —3) +(y2 —4) =25
Do d6 M, thudc duong tron (C,) ¢ tim O(0;0) va ban kinh R =12, M, thudc duong tron
(C,) c6tam I(3;4) va bankinh R, =5.
0e(C,)

OI=5<7=R R, nén (C,) chia trong (C,).

Mat khac, ta co {

Khi d6 |z,—z,| =M M,. Suyra |z,—z,| < (MM,) < MM,=R-2R,=2.
Cau 13: (SGD Bic Ninh - Lin 2 - nam 2017-2018) Cho s& phtc z thdéa man
112" +10iz**" +10iz —11= 0. Ménh dé& nao sau day ding?
1
A. |z|e{5;§). B. |z e (1;2). C. || [0:1). D. 2| €[2:3).
Loi gidi

Chon A
Pt z=x+yi.
1122 +10iz*" +10iz—11=0

007 _ 11-10iz :>|Z|2017 _ 11-10iz

11z +10i 11z+10i

o 100(x +37) +1214220p

<

THI: |Z|<1<:>x2+y2<1

_\/121(x2+y2)+100+220y

=100(x" + 7 ) +121+220y > 121(x* + * ) +100+ 220y
= |z|>1(sai)

TH2: |z|>1<:>x2+y2>1



=100(x" +y*)+121+220y <121(x* + y*) +100+220y
:>|z|<1(sai)
TH2: |z|=1< x* + »* =1 . Thay vao thay ding.
Vay |Z|=1.
C4u 14: (SGD Bac Ninh - Lan 2 - nim 2017-2018) Cho s6 phirc z thda man |z—2|+|z+2|=5. Goi
M ,m \an lugt la gid tri I6n nhat, gia tri nhd nhat cda |z|. Tinh M +m ?
A.M+m=%. B.M+m=8. CM+m=1. D.M+m=4.
Lo gidi

ChonD
Goi M (x;y), F,(-2;0), F(2;0) biéu dién cho sé phirc z,-2,2 .

Tacé MF,+ MF, =5= M chaytrénElipcétrucldn 2a =5, truc nho 2b:2,/§—4 =3.

Ma |z|=OM . Do dé gia tri 16n nhat, gid tri nho nhat cda |z| 1a M :g ; mzé.
SuyraM +m=4.
Cau 15: (Chuyén Lé Hong Phong - Nam Dinh - nam 2017-2018) Cho phuong trinh

z* =22’ +62° ~82+9 =0 c6 bon nghiém phic phan biét 14 z,, z,, z,, z,. Tinh gia trj cia biéu
thirc 7 =(z +4)(z; +4)(z5 +4)(z] +4).
A. T=2i. B. T=1. C.T=-2i. D. T=0.
Hwéng din giai
Chon B
bat f(z)zz4—223+6z2 —82+9:>f(z)=0.

Tacod z° +4=2"—4i° =(Z+2i)(z—2i)
=T =[(z,+2i)(z,+2i)(z,+2i)(z,+2i) |.[ (7, - 2i) (2, = 20) (2, - 2i) (2, — 2i) ]

=[/(-2i).f (2i)] =1.

Cau 16: Cho M 1atap hop cac $6 phirc z thda |22—i| = |2+iz|. Goi z,, z, lahai ) phirc thudc tap hop M sao
cho |Zl - Zz| =1. Tinh gié trj ctia biéu thuc P = |Z1 + Zz| .
NE)

A. P=13. B. P=-—. C.P=42. D. P=2.

Cau 17: Cho M 1a tap hop céc s6 phic z thoa |22—i| = |2+iz|. Goi z,, z, lahai s6 phirc thudc tap hop M sao
cho |zl - zz| =1. Tinh gi4 trj caa biéu thac P = |Z1 + Zz| .
3

A. P=43. B. P="". C. P=\2. D.P=2.

Loi giai



Chon A
bat z=x+yi voi x, yeR.

Ta co: |2z—i|:|2+iz|<::>|2x+(2y—l)i|:|2—y+xi|<::>x2+y2 =1.
Suy ra tap hop céc diém biéu dién s6 phitc z trén mat phang phuc 1a dudng tron
(0;1) :>|Zl| =|Zz| =1.

Taco: |2+, +|z — 2 =2(j5[ +[=[) = P =3= P=453.

Céu 18: Tim modun cua s6 phirc z biét z—4=(1+i)|z|-(4+3z)i.
A. |z|=%. B. |7|=2. C. |z|=4. D. |z|=1.

Cau 19: Cho s6 phtic z=x+yi v6i x,y €R thoa min |Z—1—i|21 va |Z—3—3i|S\/§. Goim, M lan

N e . 5 A N s s 1z A 5 < R ’ r s A M
luot 1a gid tri nho nhat va gia tri 1én nhat ctia biéu thitc P = x+2y . Tinh ti s0 —.

m
A2 B. L. c.2. p. 1
4 2 4 5
Cau 20: Tim modun ctia s6 phirc z biét z—4 = (1+1)|z|—(4+3z2)i.
A fl=5. B.|z|=2. C. |o|=4. D. |2|=1.

Loi gidi
Chon B

Taco z—4=(1+i)|z|-(4+3z)i < (1+3i)z = 2| +4+(|2|-4)i

Suy ra |(1+31) 2| = ||+ 4+ (12| 4)i] & V10[2]| = (|| +4)" + (|| -4)’

S 10|z =(jz] +4) +(|z]-4) =8| =32 = | =4 o7 =2.

Céu 21: Cho s phiic z=x+yi voi x,yeR thoaman |z—1-4>1 va |z-3-3i|</5. Goim, M lan

N e . 5 A N s s 1z A 5 < R ’ r s A M
luot 1a gid tri nho nhat va gia tri 1én nhat ctia biéu thitc P =x+2y . Tinh ti s0 —.

m
A2 B. L. c.2. p. 2
4 -2 4 5
Loi giai
Chon B

Goi A la diém biéu dién cua so6 phuc z.



Tir gia thiét |z—1—i| >1tacd A la cac diém nam bén ngoai hinh tron (C)) c6tam I(1;1) ban
kinh R =1.

Mat khac |z -3 —3i| < \/g tacod A 1a cac diém nim bén trong hinh tron (CZ) c6 tam J(3;3)
ban kinh R, =+/5 .

Talai c6: P=x+2y < x+2y—P=0(A).Dodédé tontai x,y thi (A) va phan gach chéo

phai ¢6 diém chung tic 1a d(J;A)sﬁ@%sﬁ ©9-P<5<4<P<14.Suyra

m=4;M=14:>M=—.
m 2

Ciu 22: Cho s6 phitc z thoa man |z—2+3i|=|z-2-3i]. Biét |z—1-2i|+|z— 74| =6v2, M (x;y) 1a
diém biéu dién s6 phirc z, khi d6 x thudc khoang
A (0;2). B. (1;3). C. (438). D. (2;4).
Loi giai
Chon D
Taco: [z=2+3i=|z-2-3i| (x=2) +(»+3)" = (x-2) +(y-3)" & y=0.

Ta co: |z—1=21]+|z—=7—4i| =632 < J(x—1)" +4+(x=7) +16 =642

& J(x=1) +4=6v2/(x=7)" +16 =~2x* ~28x+130 =—x +11
x<l11 x<I11 .

= 5 =2 = x =3. Thu lai thay thoa.
(—x+11) =2x"—28x+130 x"=6x+9=0

Vay x=3e(2;4).

Cau 23: Cho s6 phuc z thay d6i thoa man |z —i| + |z + i| =6.Goi S la duong cong tao béi tat ca cac diém
biéu dién sb phic (z—i)(i+1) khi z thay d6i. Tinh dién tich hinh phing gi6i han boi dudng
cong S.
A 127, B. 12742 C. 972, D. BF.

Cau 24: Cho s6 phuc z thay d6i thoa man |Z —i| + |Z + i| =6.Goi S la dudng cong tao béi tat ca cac diém

biéu dién s6 phttc (z—i)(i+1) khi z thay d6i. Tinh dién tich hinh phing gi6i han boi duong

cong S.
A 127, B. 12742 . C. 972. D. BF.
Loi gidi
Chon B
Goi M 1a diém biéu dién s6 phic w=(z—i)(1+i) . Suy ra: zz%ﬂ‘ :
+i
Viét lai gia thiét: |z—i|+|z+i|=6<:>‘%+i—i + %+i+i =6 || +|w-2+2]=62.
+i +i

& MF, + MF, =652 véi F(0;0), F,(2-2), FF, =2c=22.
Tap hop diém M 1a diém biéu dién sb phirc w 1a elip c6 d6 dai truc 16n 2a =62 ,2¢ =242,
b=+a*-c* =4.Diéntichelipla S =r.ab=127/2 .



Cau 25: Trén tap hop s6 phirc, cho phuong trinh z° +bz+c¢ =0 véi b,c € R . Biét rang hai nghiém ctia phuong
trinh cé dang w+3 va 2w—15i+9 v&i w 1a mot s6 phirc. Tinh S =b° —2¢
A. §=-32. B. §=1608. C. S=1144. D. S=-64.

Cau 26: Cho hai s6 phirc z,, z, thda |zl| =|22| =2/5.Goi M, N Ian luot 12 diém biéu di&n hai s6 phirc Z, Z,

trén mit phing toa d6. Biét MN =2+/2. Goi H Ia dinh thir tr cda hinh binh hanh OMHN va K Ia
trung diém cia ON . Tinh [ = KH

A 1=32. B. /=62. C.1=+/41. D. /=45.

Cau 27: Trén tap hop s6 phirc, cho phuong trinh z” +bz+c¢ =0 véi b,c € R . Biét ring hai nghiém cta phuong

trinh cd dang w+3 va 2w—15i+9 véi w 1a mét s phirc. Tinh S=b"-2c
A. §=-32. B. $=1608. C. S=1144. D. §=-64.
Loi giai

Chon A

o (w+3) +b(w+3)+c=0 (2w—15i+9)(w+3)=c
Tur dé bai suy ra , = ]

(2w=15i+9)" +b(2w—-15i+9)+c =0 2w—15i+9+w+3=-b

Giast w=x+yi, x,yeR.
Khi d6 w+3=x+3+yi, 2w—15i+9=2x+9+(2y—15)i.

(2w—15i+9)(w+3)=c <:>{(2x+9+(2y—15)i)(x+3+yi)=c

(2x+9+(2y—15)i)+(x+3+yi)=—b

Theo dé ta c6
2w—15+9+w+3=-b

Vi b,ceR nén {(“3)(2y—15)+y(2x+9)=0©{x=_6

y=5 "
2w—15i+9 3)= =34
( w i+ )(w+ ) C©{2_36

2y-15+y=0

Suyra w=-6+5i, do do
2w—15i+9+w+3=-b

S=b"-2c=-32
Cau 28: Cho hai s6 phirc z,, z, thda |Z1| :|zz| = 2\/5. Goi M, N lan luot Ia diém biéu dién hai s6 phirc z,, z,

trén mat phang toa do. Biét MN = 2\/5. Goi H 13 dinh th& tu cda hinh binh hanh OMHN va K |a
trung diém cia ON . Tinh [ = KH
A 1=32. B./=62. C.1=+/41. D. /=45.
Loi giai
Chon C



A
. M
25/ 22
N
K
0 >

2 2 2
Xét tam gidc OMN ta cd cos MON = OM” +ON” —MN =i.
20M .ON 5

Vi MON + ONH =180° nén cosav?{:_g.

Xét tam giac HNK c6

2
HK = \/NH2 + NK* —=2NH.NK .cos KNH = \/OMZ +G ONJ - ZOM%ON. cosONH =+/41.

Ciu 29: Gid trj cia biéu thirc Cjy, —Cihy +Croy —Cy +...— Cho + Clov bang
A2, B.—2%. C. 2, D. 2%,
Ciu 30: Gia trj ctia biéu thic C.\ —Cy +City —Cry +...—Cro + Cl bing
A 2", B.—2%. C. 2", D. 2%,
Loi giai
Chon B

Ta co

.\ 100 0 .1 2 2 100 ~100
(14+i) " =Cly +iClyg +i°Crg + ... +i " Cigp

_ (0 2 4 100 1 3 5 99\
- (CIOO - CIOO + CIOO —t CIOO )+(C100 - CIOO + CIOO - CIOO )l

(l+l')10O = [(1 +l')2 :|50 = (21')50 = 2%

Mat khac
A 0 2 4 6 98 100 _ 50
Vay Cl()O - CIOO + CIOO - CIOO +..- C100+ CIOO =-2".

Cau 31: Cho s6 phitc z thoa man |z| =1. Gi4 tri 16n nhat cta bicu thitc P =1+ 2|+ 2l —z| bing

A 5. B. 65. C. 245. D. 45.



Cau 32: Cho s0 phirc z théa man |z|=1. Gid tri 16n nhat ciia biéu thirc P =+ z|+2|l1-z| bang

A 5. B. 6+/5. C. 245. D. 445.

Loi giai
Chon B
Goi s6 phitc z=x+ yi, voi x,yeR.
Theo gia thiét, ta c6 |z|=1 & x*+y*=1.Suyra -1<x<1.

Khi d6, P =[1+2|+2]l-2| = (x+1) + 3 +2(x—1) +3* =y2x+2+22-2x.

Suy ra Ps\/(f +2°)[(2x+2)+(2-2x)] hay P <25, voi moi ~1<x<I.

Vay P =25 khi 242x+2=2-2x & x:—%, y=i%.

Cau 33: Cho s6 phuc z thoa min |z—3—4i| =+/5 va biéu thirc P= |z+2|2 —|z—i|2 dat gia tri 1on nhat.

Modun ciia sb phiic z bang
A. 10. B. 52. C. 13. D. J10.

Cau 34: Cho s6 phuc z thoa min |z—3—4i| =+/5 va biéu thirc P= |z+2|2 —|z—i|2 dat gia tri 1on nhat.

Cau 35:

Cau 36:

Moédun cua s6 phitc z bang

A. 10. B. 5v2. C.13. D. +/10.
Huéng din giai

Chon B

Dit z=x+yi v6i x,y e R vagoi M (x;y) la diém bicu dién cua z trén Oxy, ta c6
|z-3-4i =5 & (x-3) +(y-4)" =5

Vi Pfza 2 —|zif = (r+2] + 32— ~(y=1) =dr42y43.

Nhu vay P=4x+2y+3 =[4(x-3)+2(y-4)]+23 <4’ +22.\/(x—3)2 +(y-4) +23=33

x-3 y-4 x=5
Dau “=" xdy ra khi va chi khi { 4 2 Siy=5 .
4(x-3)+2(y-4)=10 t=0,5

Vay P dat gia tri 16n nhat khi z =5+5i = 2| =5v2.

Cho sd phic z thoa min dong thoi hai diéu kién |z—3—4i| =5 va bidu thuc
M = |z+2|2 —|z—z'|2 dat gia tri 16n nhat. Mddun cia s6 phirc z—2—i bang
A N5, B. 9. C.25. D. 5.

Cho sb phic z thoa man ddng thoi hai didu kién |z-3-4i=+5 va bidu thic
M =|z+2[ —|z—i[ dat gia tri 1on nhit. Médun ciia s phitc z—2~i bing

A A5, B. 9. C.25. D. 5.



Loi giai
Chon D
Pit z=x+yi, (Vx, yeR) =|z-3-4] =5 & (x=3) +(y-4)" =5 (1).

Taco: M =|z+2] ~|z—if =(x+2) +)* —x*—(y—1)" =4x+2y+3

=4(x-3)+2(y—-4)+23 S@\/(x—3)2+(y—4)2 +23=33.

x=3 x=y=5=z=5+5i
y—4

Thir lai taco M, =33 < z=5+5i =|z-2-i|=5.

Dau "=" xay ra khi chi khi

4
=— kéth 5i (1
2 ¢ vam()Suyra{x=l,y=3:>z=1+3i

Céu 37: Cho s6 phitc z. Goi 4, B lan lugt 1 céc diém trong mét phang (Oxy) biéu dién céc s phirc z

va (1+i)z. Tinh |z| biét dién tich tam gisc OAB bang 8.
A |7=22. B. |z|=42. C. ||=2. D. |z|=4.

Cau 38: Cho s6 phiic z. Goi 4, B lan luot 1a cac diém trong mit phing (Oxy) biéu dién cac sb phirc z

Cau

39:

40:

va (1+i)z. Tinh || biét dién tich tam gidc OAB bang 8.

A |=2V2. B. |z|=42. C. ||=2. D. |z|=4.
Loi gidi

Chon D

Taco OA=lz|, OB =|(1+i)z|=~2|z|, 4B =|(1+i)z—z|=liz| =|].

Suy ra AOAB vudng cantai A (OA = AB va OA®> + AB* = OB*)

Ta co: S, =%OA.AB =%|z|2 =8 & z|=4.

Cho ham sé yzf(x) xac dinh  va lién tuc trén  R\{0} thoda

X’ f? (x)+(2x—1)f(x)=x.f’(x)—1 véi dong thoi f(1)=2.T|'nh jf(x)dx

A. —2ln2—l. B. —21n2—§. C. —1n2—§. D. —1n2—l.
4 4 4 4

Cho ham sé yzf(x) xac dinh  va lién tuc trén  R\{0} thoa
4
X f2(x)+(2x-1) f(x)=x.f"(x)—1 véi dong thoi f(1)=2.Tinh jf(x)dx
1

A. —21n2—l. B. —2ln2—§. C. —ln2—§. D. —ln2—l.
4 4 4 4

Lo giai

Chon B

Tir gia thiét ta cé: (xf(x)+1)2 = f(x)+x"(x).

. u u' -1
Pit u=x.f(x)+1=u’ =u 3—2=1:>J.—2dx=x+C3—=x+C.
u u u



-1

Vay x.f(x)= +C—1,mé f()=—2=C=0.
x

; I B _ 222

Vay f(x)= > x:!f(x)dx 2In2 2

Cau 41: Trong cac sé phirc z thoa man |z -2- 4i| = |z —2i| . Sé phitc z ¢6 mdédun nhé nhét 1a

A, z=—1+1i. B. z=-2+2i. C.z=2+2i. D. z=3+2i.

Cau 42: Trong c4c sé phirc z thoa man |z -2- 4i| = |z — 2i| . Sé phitc z ¢6 mdédun nhé nhét 1a

A, z=—1+1i. B. z=-2+2i. C.z=2+2i. D. z=3+2i.
Loi gidi
Chon C
Dit z=a+bi (a, beR).Khi dé |z—2—4i|=|z-2i
& [(a=2)+(b-4)i=|a+(b-2)i| & (a-2) +(b-4) =a’+(b-2)
& at+tb=4<b=4-a
Khi do:
|z|=Na® +b* =\Ja® +(4-a)’ =~N2a*-8a+16 =y2(a—2) +82>22.
Ping thitc xiyra < |
ang thirc xay ra :
g Y bh=2
Vay z=2+2i.
Cau 43: Trong nat phang phuc, xét M (x;y) la diém biéu dién cla sé phirc z=x+ yi(x;y € R) thda man

27113 s thuc. Tap hop cac didm M 13
z—]
A. Parabol. B. Truc thuec.
C. Buong tron trir hai diém trén truc 3o. D. Truc do trwr diém (0;1).
C&u 44: Cho hai s6 phirc z, w thda man |z|=3 va l-i-l: ! . Khi dé |W| bang:
zZ W zZ+w
1 1
A. 3. B. —. C.2. D. -
2 3

Cau 45: Trong nat phéng phtrc, xét M (x;y) la diém biéu dién clia s6 phirc z = x+ yi(x;y € R) thda man

zZ+1 .. 2 N , .2 \

—— la s0 thuc. Tap hop cac diem M la

z—1i

A. Parabol. B. Truc thuec.

C. budng tron trir hai diém trén truc ao. D. Truc 4o trir diém (0;1).

Loi giai

z+i (z+i) 2 +2zi+7 _ XAy o2 (xtyi)i xP4yt-2y-1 2
z—i z°-i 22 =i X'+t +1 X'+t +1 '+t +1

Taco ila

. x=0
mot s6 thuc <:>{ . Chon dép an D.
y#l



! , 1 1 e N
Cau 46: Cho hai s6 phirc z, w thoa man |Z| =3va—+—= . Khidé |w| bang:
z w z+w

A. 3. B. L. C.2. p. L.

2 3

Loi giai
Chon A
Ta co:
2
J’_ p—

rr_ 1 PR ! =0©m:0322+w2+2w=0
z w Z+w A% Z+w ZW(Z+W)

:»|z|:‘_%i§i ] < [2] = .

Vay |w|=3.

Cau 47: Goi z,, z, la cac nghiém phic cia phuong trinh z?—4z4+5=0. Gia tri cua
(z, = 1)*"® +(z, - 1) bang
A, -2, B. 2';. C.0. D. 27",

Chu 48: Goi z, z, la cic nghiém phuc cua phuong trinh z*—4z+5=0. Giad tri cua
(z, =)™ +(z, - 1) bang

A _21010i B 21009l~ C 0 D 22018
Huéng din giai
Chon C
5 z=2+i=7z
z'=4z+5=0< ) .
z=2—-i=z,

(21" (2 =1 = ()" (1) = (14 2042) " +(1-2048%)
— (21,)1009 +(_2l,)1009 _ (2i)1009 _(21,)1009 _ 0

Cau 49: Cho s6 phiic z thoa min 2_321 | =1. Gia tri nho nhit cua |Z +3—2i| bang
z+3—1i
A.@. B. 24/10. C. J1o. D.@.

Cau 50: Cho sb phic z = (\/§+\/§i)2018. Biét phan 4o cia z c6 dang a +b3 + 5 +dA15 . Trong cac

s0 a, b, ¢, d c6ding bao nhiéu so bang 0 ?

A2, B. 1. C.4. D. 3.
Céu 51: Cho s6 phire = thoa man 2_32’. ~ 1. Gid tri nho nhat cua |z +3—2i bing
zZ+5—1
A.@. B. 2410 . c. J1o. D.@.

Loi giai



Chon A
Giasit z=x+yi (x, yeR).Taco

28 e |r2il=|r+3-] o X+ (y=2) =33 (1) & y=-3r-3.

z+3—1i

Lai c6:|z+3 =21 = (x+3) + (y=2)" =(x+3) +(3x+5)" =10x"+36x+34
2
- [ B o 200

Jio) 10 5

Véy GTNN ctia |z +3-2i| bang

2410
—

, 2018 , N
Cau 52: Cho s0 phtc z=(\/§+\/§i) . Biét phan 4o cua z c6 dang a+b3+c5+d 15 . Trong cac

s0 a, b, ¢, d c6ding bao nhiéu so bang 0 ?

A. 2. B. 1. C. 4. D. 3.
Loi giai

Chon D

Ta co:

2018

2018 2018-k k
z=(VBsi) =Y Ch(VB) T (V5) i
k=0
Phan 4o ctia s6 phtic z 1a
1008 - 2018—(2m+1) 2m+1 m 1008 —_— " 1009
> i (V3) (V5) " (=) => cat(-1)" 3" s
m=0 m=0
Suyraa=b=c=0vad=0.
CAu 53: Cho s phuc z théa man |Z+E| <2 va |Z—E| <2.Goi M, m lan luot la gia tri 16n nhét va gia
tri nho nhét ctia T = |z—2i|. Tong M +n bang
A. 1+410. B. V2 +4/10. C.4. D. 1.

Cau 54: Cho s6 phic z thoa man |z+1|+|z—3-4i|=10. Gia tri nho nhat P,

min

cia biéu thuc
j = ‘Z—1+ 21'\ bing?
N B.P —\3d.  CP. -2i0. D.P. :@.

CAu 55: Cho s phuc z théa man |Z+E| <2 va |Z—E| <2.Goi M, m lan luot la gia tri 16n nhét va gia
tri nho nhét ctia 7 = |z—2i|. Toéng M +n bang

A. 1+4/10. B. 2 +4/10. C.4. D. 1.
Hwéng din giai

Chon A

Goi z=x+yi, x,yeR.

2x]<2 (|4 <1
Ta co = .
l2yi|<2  ||y]<1
Goi M (x;y) 1a diém bicu dién s0 phic z trong mit phing toa d Oxy. Khi d6 tap hop cac
diém M 13 hinh vuéng ABCD (hinh v&).



Cau 56:

Diém N (0;-2) biu dién sb phirc, khi d6 T =|z—2i|=MN.

Dya vio hinh v& ta ¢6 MN>d(M,AB)=1 nén m=min7=1, MN<NC=+10 nén
M =maxT =10, dod6 M +m=1++/10.

ciia biéu thuc

Cho s6 phitc z théa man |z+1|+|z—3-4i|=10. Gi4 tri nho nhat P,

min

P:‘2—1+2i‘ bing?

Nﬁ‘
P

A. P =17. B. P, =+/34. C. P, =2J10. D. P =

Huéng din giai
Chon A
Gia st z=a+bi (a,beR).Taco

|z +1|+|z=3-41 =10 & y(a+1) +5" +[(a=3) +(b-4)’ =10

Goi M (a;b) 1a diém biéu dién cho s6 phirc z. Xét hai diem F, (—1,0), F,(3;4) thi tp hop
diém M laelip (E) c6 hai tiéu diém 1a F,, F, va tam la diém 7(1;2).

Elip (E) nay c6 do dai tryc 16n la 2a=10 va tiéu cy la 2c=FF, =42 . Do d6 a=5,
c=22=b=da’-c*=17.

Lai co: P=[z—1+2] =\[(a-1)’ +(b-2) =M.

Suyra P

— IM,, khivachikhi IM =b hay P, =/17.

min

Ciu 57: Goi z,, z, la cac nghiém phirc cua phuong trinh z° —4z+13=0, véi z, ¢ phan ao duong. Biét

s6 phirc z thoa min 2|z—z]| < |z —zz| , phan thuc nho nhit cia z 1a
A. 6. B. 2. C. 1. D. 9.

Céu 58: Goi z,, z, 1a cdc nghiém phirc cua phuong trinh z° -4z +13=0, v6i z, ¢6 phan 4o duong. Biét

s6 phirc z thoa min 2|z—zl| S|Z—22| , phan thuc nho nhit cia z 1a

A. 6. B. -2. C. 1. D. 9.
Loi giai

Chon B

Tacod z°—4z+13=0 < z =2+3i hodc z, =2-3i.

Goi z=x+yi, voi x,yeR.

Theo gia thiét, 2|z —z|<|z-z,| & 2J(x_2)2+(y_3)z s\/(x—2)2+(y+3)2

&4 (xr=2) +(y=3)" < (x-2) +(y+3) & (x-2) +(v-5)" <16.




Suy ra tap hop céc diém biéu dién s6 phirc z 1a mién trong ctia hinh tron (C) ¢6 thm 1(2;5),
ban kinh R =4, ké ca hinh tron do.

| |
L . . L

0 HER

2 i 2
Do d6, phan thyc nho nhit ciia z 1a x . =-2.
2 - N
Céu 59: Cho hai sé thuc @ va b thoa man lim (%— ax—bJ =0.Khi d6 a +2b bang:
X—>+00 X —+
A. —4. B. -5. C. 4. D. -3.

Cau 60: Cho céc s6 phirc z, w théa min |z—5+3i =3, |iw+4+2i|=2. Tim gi4 tri 16n nhét cua biéu
thirc T =|3iz +2w].
A. /554 +5. B. 578 +13. C. V578 +5.
D. /554 +13.

Cau 61: Cho s6 phitc z thoa min |z—l| =5. Biét tap hop cac diém biéu dién s6 phic w xac dinh boi
w=(2+3i)z+3+4i1a mot dudng tron ban kinh R. Tinh R.

A. R=5J17. B. R=510. C. R=55. D. R=513.

2_ N
Céu 62: Cho hai s6 thuc @ va b thoa mdn lim (%—ax—b}zo. Khi @6 a +2b bang:
X—>+00 x+
A. —4. B. -5. C. 4. D. -3.
Loi giai
Chon D
2_

Ta cod: lim w—ax—b = lim 2x—§+L—ax—b

x40 2x+1 x40 2 2(2x+1)
2—-a=0
. [ 4x* - .

Ma lim x—3x+1—ax—b =0< lim 2x—§+;—ax—b =01 5
¥t 2x+1 x>t 2 2(2x+1) ———-b=0
a=2

& .

p_2

2
Khi do: a+2b=-3.

Cau 63: Cho céc s phic z, w théa min |z—5+3i =3, |iw+4+2i|=2. Tim gi4 trj l6n nhat cta biéu

thirc T =|3iz +2w].



A. 554 +5. B. /578 +13. C. 578 +5.
D. v/554 +13.

Loi giai
Chen D

|z—5+3i|=3=[3iz—15i—9| =9 1a duong tron c6 tam 1(9;15) va R=9.
|iw+4+2i| =2=|2w—8i +4|=4 1a dudng tron ¢ tam J(4;-8) va R'=4.
T =[3iz+2w| dat gia tri 16n nhat khi T = IJ + R+ R' =~/554 +13.

Cau 64: Cho s6 phirc z thoa min |z—l| =5. Biét tap hop cac diém bicu dién s6 phic w xac dinh boi
w=(2+3i)z+3+4i1a mot dudng tron ban kinh R. Tinh R.

A. R=5J17. B. R=5110. C. R=5V5. D. R=513.
Loi gidi
Chon D
Tép hop diém bicu dién s6 phic z théa man |z—1|=5 1a dudng tron (C) tam 7(1;0) va ban

kinh R=5.Ta ¢6 (C) nhén tryc hoanh 1a tryc ddi xtmg nén toa do diém biéu dién z ciing ndm
trén duong tron nay hay ‘E - 1‘ =5.
Ta co
w=(2+30)z+3+4i < w=(2+3)(z-1)+(2+30)+3+4i < w—(5+7i) =(2+3i)(z-1)
& (5470 =[(2+30)|(7-1)) & pw—(5+70) = 5313
Cau 65: V&i moi 58 phirc z théa man |z —1+i| < J2 , taludn cé

A z+1)<42. B. 2z-1+i[<3V2. C.2z+1-i<2.  D.|z+]<2.

A AL A . . A . A ) Ay oo A X . Z
CAu 66: Xét cac sO phitc z =3-4i va z,=2+mi , (meR). Gia tri nho nhét cia mddun so phie =2

Zl
bang ?
AL B.2. C.3. p. L
— 5 5
Cau 67: V&i moi sé phirc z théda man |z—1+i|£x/§, taluéncd
A |z+1]<42. B. 2z-1+i]<3V2.  C.2z+1-i<2.  D.|z+]<+2.

Loi gidi
Chon B
Taco |z|=|z—1+i+1-i|<|z—1+i+[1-]<2V2.

Viviy [2z-1+i =|z-1+i+2|<|z-1+i]+|2| <342,

A , , 4 , . . cy o , J4 , ~ /4 , Z
Ciu 68: Xét cac sO phuc z, =3—-4i va z,=2+mi , (meR). Gia tri nho nhat cia modun s6 phuc ~2
Z

bang ?



.2, C. 3. D.

1>
(AR
o]
| —

Loi giai
Chon A

z, 2+mi  (2+4mi)(3+4i) _ 6—4m+(3m+8)i _ 6_4m+3m+8i

z, 3-4i (3-4i)(3+4i) 25 25 25

z, (6—4mj2 (3m+8j2
Z 25 25

)

~ \/36—48m+16m2 +9m’ +48m + 64
- 25?

zZ

1
z,|  [25m*+100 _|z,| [m’+4 / 4 2
Z 25° Z 25 25 5
Hoac dung cong thirc: F1 . @ .
7| &

Cau 69: Trong mit phang toa d6 Oxy, goi (H) 1a tap hop diém biéu dién sb phirc w=(1+«/§i)z+2
thoa man |z - 1| < 2. Tinh dién tich cta hinh (H) .
A. 8r. B. 187. C. lé6r. D. 4r.
Cau 70: Trong mit phang toa d6 Oxy, goi (H) 1a tap hop diém biéu dién sb phirc w:(1+x/§i)z+2
thoa man |z - 1| <2. Tinh dién tich cta hinh (H).
A. 81 B. 187. C. 16rx. D. 4rx.
Loi giai
Chon C
Tacd w=(1+3i)z+2 & w=3-3i = (1+3i)(z-1).
& |w=3-31| =[1+ 3|z - 1] < 4.
Vay diém biéu dién s6 phirc w nam trén hinh tron c6 ban kinh » = 4.
Dién tich hinh (H) 1a S =7r* =167.

Céu 71: Cho z,, z, la cac s§ phire théa man |z|=|z,|=1 va |z, —2z,|=+/6. Tinh gia trj cta biéu thic

P=|221+22|.
A P=2. B. P=4f3. C. P=3. D. P=1.
Cau 72: Cho z,, z, la cac sb phic thoa min |Zl|=|Zz|=1 va |zl —222|:\/6. Tinh gi4 trj ciia biéu thuc
P=|221+22|.
A. P=2. B. P=43. C.P=3. D. P=1.
Loi giai
Chon A

Dat z, =a,+bi, z,=a, +b,i.

Suyra a’ +b) =a; +b; =1 va |zl—2zz|=\/€<:>arl.arzerl.b2 :_Tl'



Suyra P=|2z +z,|=2.

Céu 73: Cho hinh phang H giéi han boi cac dudng y = ln(2x+1) , y=0, x=0, x=1. Tinh thé tich

ctia khdi tron xoay tao thanh khi quay hinh # quanh tryc Ox .

A 231, B. “ln3-r. clz-Lhn3-1.  b.Em3-x.
3 2 > =7

Cau 74: Cho hinh phang H gi6i han bdi cac duong y = ln(2x+l) , y=0, x=0, x=1. Tinh thé tich
ctia khdi tron xoay tao thanh khi quay hinh A quanh truc Ox .

37r1n3—7r.

A 231, B. Zin3—r. clz-tmso1. p.2=
3 2 2 =

Loi giai
Chon D

Phuong trinh hoanh d6 giao diém cta d6 thi ham sé y =,/In (2x + 1) véitruc Ox: y=0

ln(2x+1) =0 x=0

1
Thé tich can tim:V = ﬂjln(2x+l)dx
0

dx

u=In(2x+1)=du=

bit: 2x+1

dv=dx=v=x

1 1
V=rx xln(2x+1)|1—_|~ 2x dx | =7« ln3—j(l— ! jdx =7 ln3—(x—lln|2x+l|j
0 4 2x+1 0 2x+1 2

:ﬂ(ln3—l+lln3j:3—7zln3—7r
2 2

J

|2[=[z| =z,] =1
Ciu 75: Cho ba s0 phuc z, z,,z, théa man {z =z, .z, . Tinh gia tri cia biéu thuc

J6++2
|2 2| =———

2

M =|Z2 —Z3|—|Z3 —Zl|.

A —JG—v3-\3. B. G343, c@ p, TY6=V2+2

2



21| =|[=|z] =1
Cau 76: Cho ba so6 phuc z,, z,,z, théa man {z =z,.z, . Tinh gid tri cta biéu thuc

J6++2

2

|Zl_22|=

M =|22 —Z3|—|Z3 —Zl|.

A 6-V2-3. B. 62443 C.%. Q.M.

2
Huéng din giai
Chon D

P
Goi M, N, P lan luot la cac diém biéu dién trong hé truc toa do cta cac sb phtc z,, z,,z,.
Suyra: M, N, P thudc dudng tron (O;1).

J6++2 — J6+\2
4 4

— OMN =15" = MON =150".

J6++2

. - = - _ - | =
Ta co: |Z3—Zl|—|Zl||23 Zl|—‘z3z1 zl‘—|z3z1 Z3zz|—|z3||z1 zz|— .

2
J6++2
2

MN =|z,-z,| = = cosOMN =

— MN = MP = — MOP =150°

= NOP = 60" = ANOP déu = NP=1=|z, —z,|=1.

—~6-v2+2
— 5

Vay M =
Cau 77: C6 tat ca bao nhiéu gi tri nguyén cua m dé co ding hai sé phirc z théa man

|z=(2m=1)=i]=10 va |z~ 1+1]=[z-2+3].
A. 40, B. 41. C. 165. D. 164.

Cau 78: Co tat ca bao nhiéu gia tri nguyén cia m dé cé dung hai s6 phitc z théa man

|z=(2m=1)=1| =10 va |z =1+i|=|z=2+3i].

A. 40. B. 41. C. 165. D. 164.
Loi gidi

Chon B

Gid sir z=x+yi(x,y €R), M (x;y)la diém bicu dién so phirc z

|z—(2m-1)—-i|=10



& |z=(2m-1)~i" =100

o [x—(2m-1)] +(y-1) =100

Khi d6 tap hop diém biéu dién sé phirc z 1a dudng tron (C) tam 1(2m—1;1), R =10
|z=1+1]=[z-2+3]

& [(x=)+(r+1)if =|(x-2)+(3-»)i
= (x—l)2 Jr(erl)2 =(x—2)2 Jr(?a—y)2
& 2x+8y—-11=0.

Khi d6 tap hop diém biéu dién s6 phic z 1a duong thang A: 2x+8y—11=0

Dé co6 diing hai sé phirc z thi dudng thiang A cit dudng tron (C) tai2 diém phan biét

52047 542047
© T <m<— .

|2

2(2m-1)+8-11

| ( ) | <1
V22 482

Vay ¢ 41 gié tri nguyén cia m dé c6 dung hai sé phirc z théa min yéu ciu bai toan.

Tic1a d(1,A)<10 0

z,—1-2{=1. Tim gia tri 16n nhét ciia

Cau 79: Cho hai sb phic z,, z, thoa min |zl+2—3i|:2 va

ch—QL
A. P=3+/34. B. P=3+4/10.
C. P=6. D. P=3.

Ciu 80: Goi =z, 2z Ila cic nghiém phic cta phuong trinh  az’ +bz+c=0,
a,b,ceR,a#0,b"—4ac<0). Dat P=|z +z,[ +|z -z, . Ménh d& nao sau day diing?
A P==. B.P=X. c. p=2¢. . p=2¢,
2a a a a

z,~1-2i|=1. Tim gié tri lon nhit ciia

Chu 81: Cho hai s6 phirc z,, z, théa man |z, +2-3i=2 va

ch—QL

A. P=3++/34. B. P=3+4/10. C.P=6. D. P=3.
Loi giai

Chon A

“y

Goi M (x;;y,) la diém bicu dién s phirc z,, N(x,;,)l1a diém biéu dién s6 phic z,
SO phtrc z, thoa mén |z, +2-3i[=2 < (x, +2)" +(,~3)" =4 suyra M (x;),) nim trén

duong tron tam /(—2;3) va ban kinh R, =2.



S6 phiic z, thoa man ‘Z—I—Zi‘ =1 & (x,-1) +(»+2) =1 suyra N(x,;»,) nam trén
duong tron tm J (1;—2) va bankinh R, =1.
Ta co |z1 —zz| = MN dat gié trj 16n nht bang R, + IJ + R, =2+34+1=3+/34.

Ciu 82: Goi 2z, 2z la cic nghiém phac cta phuong trinh  az’ +bz+c=0,
(a,b,c eR,a#0,b* —4ac < 0). bat P= |ZI +Zz|2 +|ZI —Zz|2 . Ménh dé nao sau day dung?

A. P=2, B. P=5. c.p=2€. D. p=2¢
a a a

Loi giai

Chon D

—b+iv4ac—b*

2a

Taco z,, z, la cac nghiém phtrc ctia phuong trinh az* +bz+c=0 nén z,, =

_ iN4ac—b*

a

2 2
Suyra P=|z, +22|2+|zl —22|2 =(__bj +4ac;b _ e
a

. b .
Dod6 z,+z,=—— va z, -z,
a

a a
Chu 83: Cho s6 phitc z thoa mén |z|=1. Tim gid tri 16n nhét cta biéu thirc P =|1+z|+3[1-2|.
A. P=2410. B. P=64/5. C. P=3415. D. P=2.5.
Cau 84: Cho s6 phuc z thoa man |z| =1. Tim gi4 tri 16n nhat ctia biéu thirc P = |1 + z| + 3|1 —z| .
A. P=24/10. B. P=65. C. P=315. D. P=25.
Loi giai
Chon D
Theo bat dang thirc Bunhiacopxki ta co

Pzl +3fi-z] < (1 +3) (42 +fi-f ) = 101+ ) = TO(T+1) =245.

Vay P =245

max

Céu 85: Cho s6 phitc z thoa man z[(1+3i)|z]-3+i]=4+10, |z|>1. Tinh |z|.

/—1+\/§ /1+«/@ /—1+\/§ 1+65
A. |z| = p . B. |Z| = o C. |Z| = 2 . D. |Z| = YR

z|>1. Tinh |2].

~1+:/65

2

Céu 86: Cho s6 phitc z théa man z[ (1+3i)|z]-3+i]= 4410,

1+\/%
S

A. |Z|= . B. |Z|= C. |Z|=

Loi giai



2[(1431)]2|=3+i]= 410 & z[(]2|-3)+(3]z|+1)i ] = 410
= [2y(2]-3) + (31 +1)" =410 & [ef' [ ([l -3)" +(3]z]+1)" ] =160

Z|2:—1+\/§ \/_
10|z +10|zf =160 =0 < 2 o= )OS o 125 1),
|2 +10[¢] Tt I6 E 5 E
2

Chu 87: Xét céc s6 phic z=a+bi, (a,beR) théa man ddng thoi hai diéu kién |z|:‘2+4—3i‘ va
|z+1—i|+|z—2+3i| dat gi4 tri nho nhat. Gid tri P=a+2b la:
252 41 61 18

A P=——- B. P=——. C. P=———. D. P=——.
50 5 - 10 5

Chu 88: Xét cdc s6 phic z=a+bi, (a,beR) théa man ddng thoi hai diéu kién |z|:‘2+4—3i‘ va
|z+1—i|+|z—2+3i| dat gi4 tri nh6 nhat. Gid tri P=a+2b la:

A p=_22 B. p=-21 c.p=-% p. p=-1%
50 5 = 10 5

Chgn C

Gia st z=a+bi dugc biéu dién boi diém M (a;b).

Ta c6: |z|:‘2+4—3i‘ o a+b*=(a+4) +(b+3) = 8a+6b+25=0

& MeA:8x+6y+25=0.
f(ab)=|z+1=il+|z=2+4 3] & f(ab)=y(a+1) +(b=1) +y(a=2) +(b+3)" .
Goi 4(~11), B(2-3). Khido f(a,b)= AM +BM .

Nhu vdy ta can im M € A:8x+6y+25=0 sao cho f(a,b)=AM +BM nho nhat.
4

Lo
BI

A va B nam vé mot phia d6i voi A nén goi B’ 1a diém dbi xtmg ciia B qua A.
Khi d6 AM + BM = AM + B'M > AB" = AM + BM nho nhatla AB' khi M = AB'NA.
BB' L A vadiqua B(2;-3)nén BB':6x—8y-36=0.

_4
8x+6y+25=0 |* 7 73
6x—-8y—-36=0 219

50

Goi 1 =BB'NA tacotoaddcua / 1a nghiém cua hé: {

hay 7 i;—g .
25 50

!
Xp = 2X, — Xy PN ¥2s hay B/(L‘fz.—144j
Ve =2V, — Vg ’ _—144 257 25

T



AB' = —1—7;ﬂ :_—1(17;169).Phuongtrinh AB':169x—17y+186=0.
257 25 25

_-67
169x—-17y+186=0 |*~ 350
= .
8x+6y+25=0 _—119
77750

Toa 3o ciia M 1a nghiém cuia hé: {

Vay P=a+2b=x+2y=_1—?)1.

Chu 89: Hoi c6 bao nhiéu s6 phitc z théa dong thoi céc dicu kién |z—i|=5 va z* 1a s0 thudn do?

A. 2. B. 3. C.0. D. 4.
A e K1 o~ . V10 N A A x s AR 1 A7
Cau 90: Xét s0 phuc z thdéa man (1+2z)|z|:——2+z. Ménh dé nao dudi day la diing?
z
A.l<|z|<§. B.§<|z|<2. C. |7|>2. D. |z|<l.
2 2 2 2

Cau 91: Hoi c6 bao nhiéu s6 phiic z thoa dong thoi cac diéu kién |z —i| =5 va z* 14 s6 thuan ao?
A. 2. B. 3. C.0. D. 4.
Loi gidi
Chon D
bat z=x+iy (v61 x,yeR )

Taco: |z-i|=5= x> +(y-1)" =25 (1)
, 2 4x K A s 2 2 X=Yy
Ta c6: z* 1250 thuan do < x* —y :0<:>{ (2)
x=-y
Suy ra x2+(x—1)2:25 hay x2+(x+1)2:25 Sx=4vx=-3vx=3vx=—4

Vay c6 4 s0 phuc z thdéa yéu cau bai toan.

V10

Céu 92: Xét s phirc z théa man (1+2i)|z|= —2+i. Ménh dé nao duéi day 1a dung?

z
JNESIFPES B. 2 <|f<2. C. |7>2. D. |z <+.
2 2 2 2
Loi giai
Chon A

J10

(1+2i)|z|:7—2+i S |2 +2+(2]2-1)i=

Jio
z



e+ 24 (2= & (2 + (2 1) = ﬁ
& (j2+2) +(2]z|-1)° =|1—02 & 5|z 45| —10=0 =7 =1.
z

Vay %<|z|<%.

Cau 93: Trong mat phéng toa do Oxy, biét tap hop cac diém biéu dién sb phttc z théa man

—2
|z4+21 +2[1=z[ +3[z=2+i" =2018 1a mot duomg tron. Tim tam / ctia duomg tron d6.

A'G;_%) B.(%‘;%). C.(11). D.(%;%).

Cau 94: Trong mit phang toa d Oxy, biét tdp hop cac diém bicéu dién s6 phic z théa man

-2
|z+2 +2[1-2] +3[z=2+i =2018 13 mot dudng tron. Tim tam / cita dudng tron d6.

A.G;—gj. B.(?;gj. C.(11). D.(%;%)

Loi giai
Chon A
Goi M (x;y) biéu dién so phtc z . Khi d6
|z+21 +2[1-2[ +3)z-2+if =2018
o +(y+2) +2(x-1) +2y2+3(x=2)" +3(y+1)’ = 2018

& 6x°+6)° —16x+10y-1997=0 < x° +y° —§x+§y—%=0

Tam cua duong tron 1a (%,—%j .

Cau 95: Cho s6 phitc z thoa min |Z—2+i|+|Z+1—i|=\/13. Tim gia tri nho nhat m cua biéu thic

P+2—ﬂ.

A.m=1. B.m=@. C.mzﬁ. D.mzi.
13 13 13
BANG DAP AN

1 2(3/4|5[6|7 (8|9 |10/11]12[13/14|15]|16|17 18192021 |22|23|24|25
B|B|D|A|B A

262728293031 |32/33|34|35[36/37(38/39]|40 41|42 43 |44/45|46|47 48(49|50
C/IAIB|/A|A|B|/A|C|A|B|A|A/B|D/DIB|A|D|/A|/A|B|D|A|D|A

HUONG DAN GIAI

Cau 96: Cho s phirc z théa man |z—2+i|+|z+1—i|=+13. Tim gi tri nho nhit m cia biéu thic

|Z+2—i|.



213 Ji3 |

A. m=1. B.m=——. C.m=——. D. m=—.
- 13 13 13
Loi giai
Chon A
Goi z=x+yi, (x,yeR), 4(2;-1) va B(-L1). Toa dd diém biéu dién sé phuc z la
M(x;y).

Taco AB=+13 va |z=2+i|+|z+1-i|=+13 < MA+MB=+/13. Suy ra MA+MB = AB nén
M (x;y) thudc doan thang 4B .
Xét P=|z+2—i|=MC véi C(-2;1).

Do d6, P. =BC=1khi M =B.

min

Cau 97: Cho sb phic z thoa man |Z—i| =1, tim tap hop cac diém biéu dién cho s6 phic w=_2iz+1

trong mit phang Oxy .

A. DBudng tron tam 7(0;—1) bankinh R=2.

B. Buong tron tim /(-1;0), bankinh R=2.

C. PBuodng tron tam I( ; )’ ban kinh R=2.
(0:1)

bankinh R=2.

b

D. Puong tron tdm [

b

Cau 98: Néu z 1a sé phic théa man H = |z + 2i| thi gi4 tri nho nhat coa |z —i| + |z — 4| la

Cau 99:

Cau 100:

A. 4. B. 2. C. 3. D. 5.

Biét phwong trinh z*-3z°+4z°-3z+1=0 c6 3 nghiém phac z, z,, z,. Tinh
T=|Zl|+|Zz|+|Z3|.

A.T=3. B. T=4. C.T=1. D.T=2.

Cho s6 phtc z thoa man |z—i| =1, tim tap hop cac diém biéu dién cho sb phitc w = 2iz +1

trong mat phang Oxy .
A. Dudng tron tam /(0;—1) bankinh R=2.
1;0), bankinh R =2.

(

B. Buong tron tim /(-1;0

C. Buong tron tam /(1;0), ban kinh R=2.
(0:1)

b

bankinh R=2.

b

D. Puong tron tdm [

Loi giai
Chon B

. . w—
Taco: w=2iz+1 <=z =

bat w=x+yi(x,y eR).



Mit khic: |z—i|=1 & = —i|=1 & |w-1+2|=2 & |w+]|=2 & (x+1) +)? =4.

Vay tap hop cac diém biéu dién cho s phitc w = 2iz +1 trong mit phang Oxy la: duong tron
tam /(—1;0) bankinh R=2.
Cau 101: Néu z 1a s6 phirc thoa man ‘E‘ = |z + 2i| thi gi4 tri nho nhat cua |z —i| + |z —4| la
A. 4. B.2. C. 3. D. 5.
Loi giai
Chon D
Dit z = x+ yi bicu dién diém M (x;y).
2| =]z + 21 < y=-1.
|z —i|+|z — 4| nh6 nhat <> M4 +MB nhé nhat, voi 4(0;1), B(4;0).
Goi B’ dbi xtmg véi B qua dudng thang y = —1 suy ra B'(4;-2).
Do d6, MA+ MB = MA+ MB' > AB' =5.
Cau 102: Biét phuong trinh z*-3z°+4z°-3z+1=0 c6 3 nghiém phirc z, z,, zy. Tinh

T=|Zl|+|Z2|+|Z3|.

A. T=3. B. T=4. C.T=1. D.T=2.
Loi giai
Chon A
4 3 2 2 31 1Y 1
z =327 +44z" -3z+1=0z" -3z+4-——+—5=0 | z+— | =2-3| z+— |+4=0
z z z z
1Y 1 1
<:>(z+—j _3(Z+_j+2:0 Patr=z+—
z z z

t=1

ptt=3t+2=0 <:{
r=2

Ta co: Z+l=1 Sz2P—z41=0 @Zzliﬁi
z 2 2

Z+l=2 S22 -2z41=0=z=1

z
l+£i + l—ﬁi +[1]=3.

T:|Zl|+|22|+|23|:2 ) D)

z

Céu 103: C6 bao nhiéu s6 phirc z thoa mén |z —3i = J5 va
Z—

1a sO thuan ao?

A. 0. B. v0 sd. C. 1. D. 2.
Céu 104: C6 bao nhiéu s phirc z thod man |z —3i|=/5 va —— 14 s6 thuin &o?
L
A. 0. B. v0 sd. C. 1. D. 2.
Loi giai
Chon D

Gid st z=x+yi (x,yeR).
Taco |Z—3i|=\/§<:>)c2Jr(y—?))2 =5.



Cau 105:

Cau 106:

z _ x+tyi (x+yi).(x—4—yi):x2_4x+y2_4yi

z—4_x—4+yi (3;—4)2+y2 (x—4)2+y2
1a s6 thudn 40 < x> —4x+y* =0.
z—4
3y-2
2 2 _ —
Ta ¢6 hé: {x2+(y—3)2 _5<:> * 2 (1)
X —4x+y =0 ¥ —dx+)’ =0 (2)

Thay (1) vao (2), ta co:

3p-2Y  3y-2 y=2
2o 42 T 029y 12y +4-24y+16+4y° =0 | 10 .
2 2 Y=
13
*y=2=>x=2.Tacod z=2+2i.
*y:£:>x:£.Tac() z:£+&i.
13 13 13 13

Viy ¢ 2 s6 phuc z théa yéu cau bai toan.
Cho s6 phircz . Goi 4, B 1an luot 14 céc diém trong mat phing toa do (Oxy) biéu dién so phirc
z va (1 +1i )z. Tinh m6 dun cia sb phirc z biét tam gidc OAB c6 dién tich bang 32.

A. |z]=2. B. |z|=8. C. ||=4. D. |z|=4v2.

Cho s6 phtrcz . Goi 4, B 1an lugt 14 céc diém trong mét phing toa do (Oxy) biéu dién sd phire
z va (1 +1i )Z. Tinh md dun ctia s6 phiic z biét tam giac OAB c6 dién tich bang 32.
A. |z|=2. B. |z|=8. C. |z|=4. D. |Z|=4\/§.
Huéng din giai
Chon B
Goi A(a;b) bicu dién z va B(a—b;a+b) bitu dién (1+i)z.
Tam gidc OAB c6 OA=|z|, OB =|z|N2, AB=~a’ +b* =|.

Suy ra tam gidc O4B vudng can tai A4.

Loaap oL} =32 =5
2 2

S AOAB —



Chu 1: (THTT S6 1-484 thang 10 nam 2017-2018) Cho s6 phitc z=a+bi (a,bR). Biét tap hop céc
diém A biéu dién hinh hoc sé phirc z 1a dudng tron (C) c6 tdm 7(4;3) va ban kinh R=3.
Dit M 1a gia tri 16n nhét, m 1a gia tri nhé nhat ciia F =4a+3b—1. Tinh gid tri M +m.

A. M+m=063. B. M +m=48. C. M+m=50. D. M+m=41.
Loi giai

Chon B

Cich 1. Ta c6 phuong trinh dudng tron(C): (x—4)’ +(y-3)" =9.

Do diém 4 nam trén dudng tron (C) nén ta c6 (a—4)2 +(b—3)2 =9.

Mit khac F =4a+3b—1=4(a—4)+3(b-3)+24 < F-24=4(a—4)+3(b-3).

Taco [4(a—4)+3(b-3)] <(47+3*) (a=4) +(b-3) |=25.9=255.

= -15<4(a-4)+3(h-3)<15 = -15<F-24<15<9< F<39.

Khi d6 M =39, m=9.
Vay M +m=48.

Cach 2. Tacod F=4a+3b_13a=L—3b

2
(a—4) +(b-3) =9:>(%‘3b—4j +b—6b+9=9
& 250 —2(3F +3)b+F? +225=0
A'=(3F +3) —25F - 5625
A'20 e —16F* +18F —56252 0 < 9 < F <39,

Ciu 2: (THTT S6 2-485 thang 11-nam hoc 2017-2018) Xéc dinh tat ca cac so thuc m dé phuong trinh

2’ =2z+1-m=0 c6 nghiém phirc z théa man |z|=2.

A.m=-3. B. m=-3, m=9.

C.m=1, m=9. D. m=-3, m=1, m=9.
Loi giai

Chon D

Tacdé: A'=m, P=1-m.

Truong hop 1: A'>0&m>0.

Khi d6, phuong trinh c6 hai nghiém thuc: z=1+ Jm hodc z=1-+/m .

+V6i z=1+m . Suyra: 1++/m =2 < m=1 (nhan).

+Véiz=1-+/m. Suy ra: ‘1—\/;‘:2 < m=9 (nhan).

Truong hgp 2: A'<0< m<0.

Vi déy 1a phuong trinh hé s6 thuc ¢6 A’ <0 nén phuong trinh c¢6 hai nghiém phtc 1a lién hop
cua nhau. Do d6:

lZ=2zz7=4= P=4=1-m=4<m=-3 (nhin).

Vay me{-3;1;9}.

Cau 3: (THTT S6 2-485 thang 11-nam hoc 2017-2018) Cho z 1a sb phic théa man |z+m| = |z—l+m|

va s0 phirc z'=1+i. Xéc dinh tham s6 thyc m dé |z —z'| nho nhat.



A.m:l B m:—l. C m:l D. m=1
2 2 3
Loi giai
Chon B
bat z=x+iy (x,yeR).
Ta co: |z+m|=|z—1+m|<:>(x+m)2+y2=(x—1+m)2+y2@xz%—m.
, 1 ? 2
|z— 2= S—m-1 +(y-1)" 20
l—m—l—O m——l
Piang thirc xay ra khi va chi khi 4 2 el
y—1=0 y=1

Vay mz—% thi min|z—z'|=0.

Chu 4: (TT Diéu Hién-Can Tho-thang 11-nam 2017-2018) Xét s6 phirc z thoa méan |z-2-2i|=2.

Gia tri nho nhat cta biéu thuc P = |Z—l—i|+|z—5 —2i| bang

A. 14410 B. 4. c. V17 D.5.
Loi giai

Chon C

Goi M (x; y) 1a diém bicu dién s6 phic z. Do |z—2-2i[=2 nén t4p hop diém M 1a duong
tron (C):(x—2)" +(y-2)" =4.

Cic diem A(L;1), B(5;2) la diém biéu dién cac s6 phic 1+i va 5+2i. Khi do,
P=MA+MB.

Nhan thdy, diém 4 ndm trong dudng tron (C) con diém B ndm ngoai dudng tron (C), ma
MA+MB > AB =17 Ding thirc xay ra khi M 1a giao diém ciia doan 4B véi (C )

Ta c6, phuong trinh duong thang AB:x—4y+3=0.

Toa d¢ giao diém cia dudng thing 4B va dudng tron (C) 1a nghiém ciia hé véi 1< y <5



{(x—sz—z)z 4 {<4y—s>2+<y—z>2 4

x=4y+3=0 x=4y-3
y_22+\/5_9(N)
Taco (dy—5) +(y-2) =4 17)° ~44y+25=0 T
_22—@(L)
g 17
Vay min P =17 khi z:37+1‘;\/§+2241';/§i

Céu 5: (Dé tham khao BGD nam 2017-2018) Xét céc s phirc z=a+bi (a,b € R) thoa man
|z—4-3i|=+/5. Tinh P=a+b khi |z+1-3i|+|z—1+4| dat gia tri Ion nhat.
A. P=10. B. P=4. C. P=6. D. P=8.
Loi gii
Chon A
Tacé: |z—4-3]|=5 & (a—4) +(b-3) =5 = a’ +b* =8a+6b-20

Dit A=|z+1-3i|+|z—1+i] ta co:

A=\(a+1) +(b-3) +y(a-1) +(b+1)’

A <(P4r)((a+1) +(b=3)" 4 (a=1) +(b+1)") =2(2(a* +57) - 4b+12)
—2(16a+8b—28) =8(4a+2b-7) (1)

Mit khéc ta c6:

4a+2b-7=4(a—4)+2(b-3)+15 g\/(42 +2°)((a=4) +(b-3)") +15=25 (2)

Tur (1) va (2) ta duge: 4> <200

4a+2b-T7=25
2 a=
DéAmaleox/E@ a-4 b-3 @{b
4 2
Vay P=a+b=10.



Cau 1: (THPT Hau Loc 2-Thanh Héa nam 2017-2018) Cho hai s6 phtc z,,z, théa man |Z1 +1 —i| =2

va z, =iz,. Tim gi4 tri nho nhit m cia biéu thic |Z1 —Zz|?

A m=+2-1. B. m=22. C.m=2. D. m=2J2-2.
Loi giai

Chon D

bat z, =a+bi; a,beR =z, =-b+ai

=z, -z,=(a+b)+(b-a)i.

Nén |zl—zz|=\/(a+b)2+(b—a)2 =\/§.|zl|

Talai co 2=z, +1-i|<|z|+[1-i| = |z ++2

:|zl|22—\/§ . Suy ra |Z1 —Zz|=\/§.|21|22\/§—2.

. , b
Dau "=" xay ra khi -2 <o.
Vay m=min|z, —z,|=232-2.
Cau 2: (THTT s6 5-488 thang 2 nam 2018) Cho cac s6 phtic z,, z, v6i z #0. Tap hop cac diém biéu
dién sb phiic w= z,.z+z, 1a duong tron tam la gbc toa do va ban kinh bang 1. Tap hop cac

diém biéu dién sb phirc z 1a duong nao sau day?
A. Puong tron tim 1a gbc toa do, ban kinh bang |zl| .

\ A Y - XA , Z , ; M 1
B. Buong tron tdm la diém biéu dién s6 phirc ——%, ban kinh bang H
Z Z

C. Puong tron tam la géc toa do, ban kinh béng 1

=
D. Duong tron tim 14 diém biéu dién s phirc % , ban kinh bang ﬁ
Z z
Loi giai
Chon B
|W| :|ZI'Z+22| <1 :|Z1| Z"‘Z—z‘ oz L
“ 4 |Zl|

A oA -2 \ \ \ r A NP R XA P z , , M 1
Nén tap hop diém la duong tron c6 tdm la diém biéu dién s6 phitc ——=, ban kinh bang H
Z Z



Cau 1: (THPT Phan Chau Trinh-DakLak-lin 2 nim 2017-2018) Cho s phic z thoa man
|Z—3—4i|=\/§ . Goi M va m la gia tri lon nhat va gia tri nhd nhat cua biéu thuc
P= |z+2|2 —|z —i|2. Tinh médun ctia s6 phitc w= M + mi.
A. |W|=m. B. |w|=m. C. |w|=3\/ﬁ. D. |w|=2\/@.
Loi gii
Chon B
Pat z=x+yi . Taco P=(x+2) +y7 =[x’ +(y=1)" |=4x+2y+3.
Mit khac |z-3-4i|=+/5 & (x-3)" +(y-4)" =5.
Dit x=3++/5sint, y=4++/5cost

Suy ra P=45sint+2+/5cost +23.
Ta c6 —10<4/5sint+2+/5 cost <10.

Dodé 13<P<33= M =33, m=13=|w|=33"+13" =/1258..

Cau 2: (THPT Can Loc-Ha Tinh-lan 1 nam 2017-2018) Cho hai s6 phttc z, w thoa man
|z+2w =3, [2z+3w]=6 Va |z+4n|=7. Tinh gia tri ctia biéu thitc P=zw+zw.
A. P=-14i. B. P=-28i. C. P=-14. D. P=-28.

Loi gii

Chon D
Taco: |z+2uw]=3 & |z+2u] =9 <:>(z+2w).(z+2w):9 <:>(z+2w).(;+2v_v):9
= zE+2(z.v_v+Z.w)+4w.v_v=9 S o[ +2P+4aw[ =9 (1).
Tuong ty:
22430 =6 <[22+ 3] =36 < (22+3w).(22+3w) =36 < 4| +6P+9[uf" =36 (2).
z+4u]=7 < (z+4w).(z+4w) =49 o |2 +4P+16[w] =49 (3).

|2 =33
Giai hé phuong trinh gom (l) , (2) , (3) taco: { P=-28 = P=-28.

i =8

Céu 3: (THPT Ping Thiic Hira-Nghé An-lan 1 nim 2017-2018) Cho sé phtc z théa min

5|z —i|=|z+1-3i|+3|z—1+i|. Tim gi4 tri 16n nhat M cua |z—2+3i|?
A.M:?. B. M=1+J13.  C. M=45. D. M=9.
Chon C

Loi giai

Goi A(0;1), B(-1;3),C(L;—1). Ta thdy A4 1a trung diém ciia BC

BC?

2 2 2
_MB +MC" BCT gt Met = oM+ 5

2 4

= MA* =2MA*+10.



Ta lai ¢6: 5|z —i|=|z+1-3i|+3|z -1+

& SMA = MB +3MC <10/ MB* + MC?
= 25MA> <10(2MA +10) = MC <25
Ma |z=2+3i| = |(z—i)+(-2+4i)| <|z =i +[2— 41| <[z —i]+ 25 <45 .
Dau "=" xayrakhi< . p_1 ,V0lz=a+bi;a beR <

2 4

|z=i]=2V5 {z =2-3i (loai)

z=-2+5i

Cau 4: (THPT Chuyén Phan B6i Chau-Ian 2 nam 2017-2018) Véi hai s6 phic z, va z, théa man
z,+ 2, =8+6i Va |z, —z,|=2, tim gid tri I6n nhat ciia P =|z|+|z,|.
A. 46 B. 24/26. C.5+3/5. D. 34+32.
Loi giai
Chon B
Cach 1: Ta co: |z1 +zz| = |8+6i| =10.

Suy ra: 2(|z[ +[z:[" ) = [z +2:[ +]7, ~z,[ =100+4=104.

Taco: P=|z|+|z|<,2(j5[ +|=[ ) = V104 = 2426
|Zl|=|22|:*/%
Ding thire xay ra khi va chi khi z,+2z, =8+6i (hénay c6 nghiém)
|zl—22|:2
Viay max P =226 .
Cach 2: Goi z, =a+bi, (a,beR), z, =c+di, (c,deR).
a+c=38 (1)
Theo gia thiét ta co {b+d =6 (2)
(a—c) +(b-d) =4 (3)
(a+e) +(b+d) =100
(a—c)2+(b—d)2=4

Sa+br+ct+dP =52

Ta co P:|zl|+|zz|:\/az+b2 e +d
Ap dung bét dang thirc (x+y)2 < Z(x2 +y2) ta co:
P*<2(a*+b°)+2(c’ +d*) =104 & P <2426



Vay gia tri 16n nhat cia P bang 2426 . Ddu bang say ra khi

a=4+£

2

a+c=38 \/5
b+d=6 b=3-—
= .
(a—c)2+(b—d)2:4 2
a’+b*=c*+d* =ty
d:3+g

Céu 5: (PTNK-DHQG TP HCM-Ian 1 ndm 2017-2018) Cho s6 phitc z thda min |z —1+4|=2. Tim gia
tri 16n nhat ctia biéu thicc P=|z+2~i| +|z-2-3i .
A. 18. B. 38+810. C. 18+2410. B. 16+2410.
Loi gidi
Chon B
Cach 1: Goi M (x;y) la diém biéu dién cho sé phic z. Goi 1(1;—1), 4(-2;1), B(2;3) lan
luot 1a diém biéu dién cho céc sb phuc 1—i; —2+i; 2+3i. Khi d0, ta co:
MI =2 nghiala M thudc dudng tron (C) ¢6 tam I(1;-1), R=2 va P=MA’>+ MB’.

2

Tacod: P=2ME* + EA> + EB* =2ME* + Af ,voi E(0;2) 1a trung diém ctia AB .Dodd P
c6 gia tri 16n nhat khi va chi khi ME c6 gia tri 16n nhat.
Taco: IE =119 =10 >R nén (ME) =IE+R=2+10.

Vay Pmax:2(2+\/ﬁ)2+ATBZ=2(2+\/E)2+10=38+8\/E.
Céch 2: Gid st z=x+yi (x,y€R). M(x;y) la diém bicu dién cua z.
Suy ra M e(C,)co tam 1, (1;—1)va ban kinh R =2.
lz-1+] =2 (x=1) +(y+1) =4 (1).
Taco: P20 va P=|z+2~i +]z=2-3i =(x+2)" +(y-1)"+(x-2)" +(y-3)".
Suyra P=(x—1)"+(y+1) +x*+y* +2x =10y +16 = (x+1)" +(y-5)" —6.
Taco (x+1) +(y=5)"=P+626 (2) nén (2) la phuong trinh ctia dudng tron (C,) ¢6 tam
L,(~15), bankinh R, =/P+6 > R;; 1,1, =2:/10.
Dé ton tai x, y thi (C)) va (C,) c6 diém chung < P+6-2< 11, <JP+6+2.
Suy ra : \/m32+1112<:>P£(2+2\/E)2—6:38+8\/ﬁ.
Ding thirc xdy ra khi va chi khi (C,) va (C,) tiép xuc trong.
Vay max P =38+8V/10.
Ciu 6: (THPT Chuyén DH Vinh — I4n 1 - nim 2017 — 2018) Gia st z,, z, 1a hai trong sb

cc s6 phitc z thoa man |iz++2 ~i| =1 va |z, —z,| = 2. Gid tri lon nhdt cta |z +|2, | bing



A 4. B. 2./3. C.3\2. D. 3.
Loi giai

Chon A

Taco ‘iz+\/5—i‘=l<:>

z—(1+i\/§)‘ = 1. Goi z, =1+iv/2 co diém bidu didn 13 7(1:72).
Goi 4, B lan lugt la cic diém biéu dién cua z,,z,.

Vi |z1 —zz| =2 nén / latrung diém ctia 4B .

Ta ¢6 |z,|+|z,| = 04+ OB <[2(04’ + OB*) =J40I" + 4B> =16 = 4.
04=0B=2<|z|=|z|=2.

Vay gia tri 10n nhat cia |zl| +|Zz| bang 4.

HET (THPT Quang Xuwong I — Thanh Hba — nam 2017 — 2018) Cho sé

. ~ | z—1 1 s s 12 Ay o -2 . . - .
phtrc z thoa man e Tim gia tri 16n nhat cta biéu thirc P:|z+z|+2‘z—4+7z‘.
z+3i

N
A. 8. B. 20. C. 24f5. D. 4.5.
Loi giai

Chon B
Goi z=x+yi v6i x,yeR, goi M la diém trong mit phang toa do biéu dién so phirc z. Ta
2ol L o 21| = |z 43i] V2| (r 1)+ yi] =[x+ (4 3)]

z+3il 2
< \/5\/()“—1)2 +y* =\/x2 +(y+3) & (x-2)" +(y-3) =20.
Nhu vay, tap hop diém M biéu dién s6 phirc z 1a dudng tron (C) thm /(2;3) va ban kinh

R=245.

Goi A(O;—l) , B(4; 7) lan luot 1a cac diém biéu dién cac sb phtc z, =—i, z, =4+7i. Dé théy

co:

A, B thudc duong tron (C). Vi 4B = 445 =2R nén AB 1a dudng kinh ciia dudng tron
(C) = MA® + MB® = AB” =80.

Tu do:

P=|z+il+2z=4+ 7] =|z+1]+2|z—4-7i] = Ma+2MB < [(® +2) (MA® + MB*) =20.

. . |MB=2MA MA=4
Dau "=" xay ra khi

= .
MA* + MB* =80  |MB =38
Vay max P=20.

: . (Chuyén DB Séng Héng -Lan 1 nam 2017 — 2018) Cho hai sb phirc z,z, thoa man

|2|=2.|z,|=V3. Goi M, N 1a cic diém biéu dién cho z va iz,. Biét MON =30°. Tinh
S = ‘212 +4222‘ .
A. 52, B. 34/3. C. 47. D. V5.
Loi giai
Chon C



Tacod §= ‘le + 4222‘ = ‘le —(2iz, )2‘ = |Zl - 2izz|.|z1 + 2izz|

Goi P 1a diém biéu dién cua sb phic 2iz,.

Khi d6 ta ¢d |z, ~2iz,| |7, +2iz,| = [OM ~ OF| |OM + OP| = [PM | [201| = 2PM 01 .

Do MON =30° nén ap dung dinh li cosin ta tinh dwgc MN =1. Khi d6 AOMP c6 MN dong

thoi 1a duong cao va duong trung tuyén, suy ra AOMP cantai M = PM =OM =2.

OM’+0P> MP* _
2 4

Ap dung dinh 1i dudng trung tuyén cho AOMN ta co: OI° = 7.

Vay S=2PM.OI =22:/7 =47 .

Céu 9: Cho hai sb phic z,, z, théa man |z, —3i+5|=2 va |iz, —1+2i|=4. Tim gié tri 16n nhat cua bicu

Cau 10:

thirc 7 =|2iz, +3z,|.
A.\313+16. B. V313, C.~/313+8. D. 313+25.
(THPT Chuyén Ngit -~ Ha Néi - Lin 1 nam 2017 - 2018) Cho hai s6 phtic z,, z, théa man
|2, —3i+5|=2 va |iz, ~1+2i|= 4. Tim gié trj 16n nhét cua biéu thirc T =|2iz, +3z,|.
A. 313 +16. B. V313, C.~/313+8. D. /313+25.

Loi gidi
Chon A
Ta c6 |z, —3i+5|=2 < |2iz, +6+10i =4 (1);

iz, ~1+2i| =4 &|(-3z,) -6 -3 =12 (2).
Goi A 1a diém biéu dién s6 phirc 2iz,, B 1a diém biéu dién sb phirc -3z,. Tu (1) va (2) suy
ra diém A4 ndm trén duong tron tam 7, (—6;—10) va ban kinh R, =4; diém B nim trén duong

tron tm 7, (6;3) va bankinh R, =12.

1, 15

L

Taco T =|2iz, +3z,|= AB<I I, + R +R, =12* +13* +4+12=+313+16..
Vay max 7 =+/313 +16.



Céu 11: (THPT Chuyén Vinh Phuc - Vinh Phiic - Lan 4 nam 2017 - 2018)Cho
ham s f(x)=x’-3x"+m. Hoi c6 bao nhiéu gia tri nguyén ctia tham s& m
(m=<2018) d€ véi moi by ba sO phan biét a, b, ce[;3] thi f(a), £(b), f(c)
la 6 dai ba canh ctia mot tam gidc.

A. 2011. B. 2012. C. 2010. D. 2018.
Loi gidi

Chon C

Tacd f(a), f(b), f(c) 1abacanh ciia mot tam gide nén f(a)+ f(b)> f(c)

=a-3a+m+b -3 +m>c-3¢*+m véimoi a, b, 06[1;3]

:>(a3 —3a2)+(b3 —3b2)—(c3 —3cz)>—m voimoi a, b, ce[1;3]

Do d6 min| (a’~3a”)+(b* ~3b")~(c*=3¢”) |>—m véimoi a, b, ce[1;3]

Ta can tim min[(a3 —3a2)+(b3 —3b2)] va max(c3 —3c2) voimoi a, b, ce[l;3]

Xétham f(x)=x"-3x" voi x e[1;3]

Ta co f'(x)=3x2—6x,f'(x)=0<:>3x2—6x=0<:>[x g.Do xe[;3] nén x=2.

Taco f(1)=-2,1(2)=—4,1(3)

=0
max f(x)=f(3)=0, min f(x)=/(2)=—4.

Suy ra min[(a3 —3az)+(b3 —3b2)—(c3 -3¢ )J =-42=-8.

Ding thirc xay rakhi a=b=2, c=3 hodc a=c=2, b=3 hoic b=c=2, a=3.
Do dé —8>-m = m>8.Ma m<2018 va m nguyén nén m:{9;..;2018}.
Vay c6 2010 gia tri m thoa man.
Cau 12: (THPT Kim Lién — Ha Noi - Lan 2 nam 2017 — 2018)Xét cic s6 phic z=a+bi (a,beR)
théa man |z—3-2i|=2. Tinh a+b khi |z+1-2i[+2|z—2-5i dat gi tri nhd nhat.

A. 4-43. B. 2+4/3. C. 3. D. 4+4/3.
Loi giai

Chon D

Cach 1:

Dit z-3-2i=w v6i w=x+yi (x,yeR). Theobairatacéd |w=2<x’+)’ =4.

Taco P=|z+1-2i|+2|z =25 =|w+d|+ 2fw+1-3] = (x+4) " +2y/(x+1)’ + (y-3)
=20+ 8x +2y(x+1) +(y=3) =245+ 2x +2/(x+1)’ +(y-3)’
:2(\/m+\/(x+1)2 +(y—3)2)=2(\/(x+1)2+y2 +\/(x+1)2+(y—3)2)

22(|y|+|y—3|)22|y+3—y|=6.




x=-1
x=-1
P=6=4y3-y)20<= .
0=l

2

X +y' =4
Vay GTNN ciia P 1 biing 6 dat dugc khi z=2+(2++3)i.
Céch 2:

5¢

A
Té
|
I\

1

=Y

|z-3-2i|=2=>MI=2= M e(I;2) véi I =(3;2).
P =|z+1-2i[+2|z—2-5i|= MA+2MB véi A=(1;2), B=(2;5).

Tacd IM =2; IA=4.Chon K(2;2) thi /K =1. Do d6 ta co IA.IK:IMZ:%z%

= AIAM va AIMK ddng dang véi nhau = % = % =2 =AM =2MK .

Tu do P=MA+2MB =2(MK + MB) >2BK .

Dau bang xay ra khi va chi khi M, K, B thang hang va M thudc doan thang BK .

Tur d6 tim duge M =(2;2+\/§).

Céch 3:

Goi M (a;b) 1a diém biéu dién s6 phic z=a+bi. Pat 1 =(3;2), 4(-1;2) va B(2;5).

Ta xét bai toan: Tim diém M thudc dudng tron (C) ¢ tm 7, ban kinh R=2 sao cho biéu
thiec P =MA+2MB dat gia tri nhé nhat.

Trude tién, ta tim diém K (x;) sao cho MA=2MK VM &(C).

Tacd MA=2MK < MA® = 4MK* < (MI +TA) =4(MI+IK)

© MI + 14>+ 2MLIA = 4(MI + IK* + 2MLIK ) < 2MI (1A~ 41K ) = 3R> + 41K ~ I4* (*) .
IA—4IK =0

3R?+4IK* - 142 =0

4(x-3)=—4 (x=2
4(y-2)=0 ‘D{

Thit tryc tiép ta thdy K (2;2) théa man 3R* +4IK* —I4° =0.
Vi BI* =1’ +3*=10> R’ =4 nén B ndm ngoai (C).

Vi KI* =1<R* =4 nén K nam trong (C).

(*) ludn dung VM e(C)@{

E—41’1€=6©{ .
y=2



Ta c6 MA+2MB =2MK +2MB =2(MK + MB)>2KB .

Dau bang trong bat ding thirc trén xay ra khi va chi khi M thudc doan thing BK .

Do d6 MA+2MB nho nhét khi va chi khi M 1a giao diém ctia (C ) va doan thang BK.
Phuong trinh dudng thing BK :x=2.

Phuong trinh duong tron (C):(x - 3)2 +(y— 2)2 =4.

Toa dd didm M 13 nghiém oia ha 4° Y= e ¥
0a do diem an 1€m cua ne = oac .
o e (=3 +(v-2) =4 y=2+3  |y=2-3

Thir lai théy M (2;2++/3 ) thudc doan BK .
Vay a=2, b=2+3 =a+b=4+3.
Cau 13: (SGD Quang Nam — nam 2017 — 2018) Cho s6 phirc z théa man |z|<2. Gi4 tri nho

nhat ctia biéu thirc P = 2|z + 1| + 2|z - 1| +‘z —;—41" bang:

14 7
A. 4+243. B. 2+4/3. C.4+—. D.2+——.
= J15 J15

Loi gidi
Chon A
Goi z=x+yi, (x, yeR). Theo gia thiét, ta c6 |z| <2 < x>+ y* <4.

Suyra -2<x, y<2.

Khi do, P:2|Z+1|+2|Z—1|+‘Z—E—4i‘ =2(\/(x+1)2 +97 +\/(x—1)2 +97 +|y—2|)

<:>P:2(\/(x+1)2+y2 wJ(1=x) +y? +|y—2|) 22(2 1+ +2—y).
Dau “="xay rakhi x=0.

Xétham so f(y)=241+ )" +2—y trén doan [-2; 2], ta co:

R S P Gl LG AT I
/') N NS ['()=0ey="r

1

Ta co f(ﬁ]:%\/&f(—2)=4+2\5;f(2)=2\6.

. . 1
Suy ra [rg}lzl]f(y):2+\/§ khi y =

ﬁ .
Dodo P>2(2++3)=4+2\3. Vay B, =4+243 khi z:%i.
Cau 14 ——--——-—- HET---------- (PHQG TPHCM - Co Sé 2 — ndm 2017 — 2018) Néu z
la s phirc thoa [2| == +2i] thi gid tri nho nhét cia |z —i|+z - 4] 1a
A 2. B. 3. C. 4. D. 5
Loi giai
Chon D

Dit z=x+yi voi x, yeR theo gia thiét |E|=|Z+2i|<:>y=—1. (d)



Vay tap hop cac diém bicu dién s6 phic z 1a duong thang (d).

Goi A4(0;1), B(4;0) suy ra |z—i|+|z—4| = P 1a tong khoang cach tir diém M (x;-1) dén hai
diem 4, B.

Thay ngay A4(0;1) va B(4;0) ndm cung phia v6i (d). Lay diém ddi xtmg véi 4(0;1) qua
dudng thang (d) ta duoc diém A'(0;-3).

Do d6 khoang cach ngin nhitla 4'B=+/3>+4> =5

Cau 15: (THPT Chuyén DH Vinh — Lan 2 — nam 2017 — 2018) Trong céc b phitc z thoa
man ‘zz +1‘ = 2|z| g0i z, va z, lan lugt 1a cac s6 phirc c6 moédun nhé nhat va 16n nhat. Khi d6
mddun ctia s6 phitc w=z,+z, A
A. [wW=2v2. B. [w]=2. C. [w=+2. D. [w=1++2.

Loi giai
Chon A
bat z=a+bi (a,b € R) thi ‘22 +l‘ :2|Z| & ‘(a+bi)2 +1‘ = 2|a+bi|
& |a® —b* +1+2abi| = 2|a+bi| & (a* = b* +1) +4a°b* = 4(a* +1?)
Sa'+b' +1-2a> 60> +2a%0* =0 & (a® +5* 1) —4b* =0
& (@ +b* —1-2b)(a’* +b* —1+2b) =0
a’+b>*-1-2b=0
=
a+b-1+2b=0
THI: a® +b* ~1-2b=0 < a* +(h—1)’ =2.
Khi d6 tap hop diém M (a;b) biéu dién sb phirc z 1a dudng tron c6 tam 7,(0;1), ban kinh
R=2 , giao diém ciia OF (truc tung) véi duong tron la M, (0;\/§+1) va M, (0;1—\/5)
= w=(\/§+1)i+(1—\/§)i = w=2i =|w|=2
TH2: a* +b*~1+2b=0 < a* +(b+1) =2.
Khi d6 tap hop diém M (a;b) bicu dién s6 phic z 1a dudng tron cé tam 7, (0;—1), ban kinh
R=12 , giao diém cua O (truc tung) v6i dudng tron 1a M, (O;\/E—l) va M, (0;—@—1)
=w=(V2-1)i+(-1-v2)i = w=-2i =W =2.
Véi dap an cua truong PH Vinh dua ra 14 A thi ta chon s6 phirc M ., va M, co
w=2/2i = |w| =242 nén dé bai chua chuan, ¢6 thé chon phuong an B.
Dap an PH Vinh dua ra theo minh 1a chinh xac, béi 18 trong cac sb phirc z thoa min ta tim cac
s6 phtic goi z, va z, c6 mddun nho nhét va 16n nhat nén phai tong hop ca hai TH1 va TH2.
Thay dimg voi tinh w ma sau ciing hiy tim z, Va z, 1oi tinh w
Mot vai gop y thiy xem nhé
Cau 16: (SGD Nam Dinh — nam 2017 — 2018) Trong mét phing toa d Oxy, goi (H) 1a phan

. 2 , . -2 ¥4 X A , 5 ~ oz 16 A | A
mat phang chtra cac diém biéu dién cac sO phuc z thoa man 6 va — c0 phan thyc va phan
z

40 déu thudc doan [0;1]. Tinh dién tich S cua (H).



Cau 17:

A. S:32(6—7z). B. S:16(4—7z). C. 256. D. 64r.
Loi giai
Chon A
Giésfrzszryi(x,ye]R).
Tacé:—=i+li;1_6= 16 = 216x2 216y2 .
16 16 16 =z x-yi x+y  x +y
Vi % va co ph?m thuc va ph?m 40 déu thudc doan [0;1] nén
0<2 <1
16
0<x<16 <x<l16
0<X <]
16 0<y<16 0<y<l6
L 2 .
0< 216x <1 0<l6x<x*+y° (x-8) +y* > 64
oy 0<l6y<x’+y* |x*+(y—8) >64
0<—10Y <
x>+’

Suy ra (H) la phan mit phing giéi han béi hinh vuéng canh 16 va hai hinh tron (C,) c6 tim
1,(8;0), ban kinh R =8 va (C,) c6 tam 1,(0;8), ban kinh R, =8.

Goi S’ la dién tich ciia duong tron (C,).

Dién tich phan giao nhau ctia hai dudng tron la: S, = 2(%5' - SOEJJ = 2(%.%.82 —%.8.8} .

Vay dién tich S cta hinh (H) la:

$=16" - 7.8’ +2.G.;z.82 —%.8.8) = 256— 647 +327—64 =192-327 =32(6- 7).

(SGD Nam Dinh — nam 2017 — 2018).Cho hai s6 phuc z,z, thod man |z|=6,
|2,|=2. Goi M , N la cac diém biéu dién cho z,va iz, Biét MON =60°. Tinh T = |z +9z3].

C.T=36\2. D. T=363.

Loi giai

A. T=18. B. T =243 .

Chon D



r . 2
Ta co TZ‘212+9222‘= le—(3122)

= |Zl —3izz|.|z1 +3i22|
Goi P 1a diém biéu dién cua sb phic 3iz, .
Khi d6 ta 06 |z, ~3iz, .|z, + 3iz,| = [OM ~ OP| |OM + OP| =|PM| |201|=2PM .01 .

B3

Do MON =60°va OM =OP =6 nén AMOP ddusuyra PM =6 va 01:6.7:3\/5.

Vay T=2PM.OI =2.6.33 =363
HET




Céu 1: (THPT Chuyén Lwong Thé Vinh - Ha N¢i — Lan 2 nam 2017 - 2018) Goi z,, z, 12 hai
trong cic sd phtic théa min |z—1+2i| =5 va |z1 —zz| =8. Tim modun cia sd phirc
w=z +z,-2+4i.

A. [W=6. B. |w|=16. C. [w|=10. D. [ =13.
Loi giai
Chon A

B

Goi A la diém biéu dién ctia s phic z,, B 1a diém biéu dién ctia s6 phirc z, .

Theo gia thiét z,, z, la hai trong céac sO phiic théa man |z -1+ 2i| =5 nén 4 va B thudc
duong tron tam /(1;—2) bankinh r=5.

Mat khac |Z1 —ZZ|=8<:> AB=8.

Goi M 14 trung diém ciia 4B suyra M la diém biéu dién cua sé phic mTZZ va IM =3.

Do do ta co

Z +Z2

3=IM = —1+2i

@3:%|zl+zz—2+4i|@|zl+zz—2+4i|=6 <|w=6.

Ciu 2: (THPT Nghén — Ha Tinh - Lan 2 nam 2017 — 2018) Cho sb phic z thoa man
|z—1+3i[+|z+2—i|=8. Gid tri nho nhat m cia [2z+1+2i] 1a
A m=4. B. m=9. C. m=8. D. m=+/39.
Loi giai
Chon D



M

Gia stt M (x;y) biéu dién s6 phitc z=x+iy (x, y eR), 4(1;-3), B(-21), AB=5.
|z=1+43i|+|z+2-i|=8 < AM + BM =8, tap hop diém M 1a Elip c6 phuong trinh

2 2
X pgt P=pz+142i] e P=2
16 39

1 .
Z+—+i
2

, goi I latrung diém AB thi 1(—%;—1)

=>P=2 =2IM =IM .

L.
Z+—+i
2

Ta tim diém M trén (E ) sao cho IM c6 dd dai nho nhat.

39

IM nhé nhit khi IM bing do dai nira truc bé, IM = = = P = J39.

min

Ciu 3: (THPT Ding Thic Hita - Nghé An - nam 2017-2018) Cho sb phirc z théa man
|z+7]+|z—Z|=|z| . Gid tri 16n nhét ciia biéu thirc P =|z—5-2i| bng:
A 2+5(3. E.J5+3J§. C.J5+243. D. \5+32.
Loi gidi
Chon B
Goi z=x+yi (v6i x, yeR). Suyraz=x—yi va 2 =x" — " +2xyi.

Theo gia thiét, ta c6 |z+Z]+|z—Z| = ‘22‘ < 2xf+2)y|= \/(x2 —y2)2 +4x*y*

<2+ 2y =3+ o (|x|—1)2 +(|y|—1)2 =2. Tir d6 suy ra tdp hop cac diém biéu dién sb
phuc z la cac duong tron c6 tdm I(il;il) vabankinh R=+/2.

Khi do, P=|z—5-2i|=MA, véi A(5;2) va M(x;) la toa dd diém biéu dién s6 phirc z .

Mt khéc, vi 4(5;2) thudc goc phan tu tht nhat nén MA 16n nhit < M thudc dudng tron
(C,) cotam I(~1;~1) va ban kinh R=~/2 .

Chu 4: VAy P =MA__=IA+R =3/5+~/2. Trong mit phing phtic, xét hinh binh hanh tao boi céc

ax

diém 0, z, 1 va 2+l Bibt 2 oo phan thyc duong va dién tich hinh binh hanh bang % Tim

Z zZ
1 2
gi tri nho nhit cua |z +— .
z
A . % c. 2 p. 20
20 37 9 37

Loi giai
Chon D



YA

¥ =

. 3 g x4 1 1
Goi 0O,A4,B,C lan luot la diém biéu dién so phuc 0,z,— va z+—.
z z

Khi d6 dién tich hinh binh hanh OACB 1a S = OA.OB.sing =|z]. 1
z

Suy ra cos@ = *y/1-sin’ @ :iz.

37
Ap dung dinh 1y cosin trong tam giac OAC ta c6

sin —3—5<:>sin ——5
SP =5 =37

2 2

2+~ =0C? = 04’ + OB* ~204.0B.cos ¢ =z +|~ —2|z|l.cos¢)=|z| +W—2cos¢)
z z
2 2
<:>z+1 22— ZEZE Vay =| nho nhat bang ﬂ
z 37 37 z 37
A (13 2 hd \ 12
Dau “=" xay ra <:>|Z|:1 va cosqozg.

Chang han nhu z = sin larccosz +icos larccosz )
2 37 2 37

2

Cau 5: Vay nhé nhat bang %.Bié’t 2" (C) +iC)—Cr —iC) ++++i Cf -+ +i"C) ) = 32768, v6i

1
Z4+—
z

C* 1 cac s6 to hop chap k cua n va i* =—1.Dat T,,, =i*CY, gid tri cua T, bang
A. -330i. B. -8i. C. -36i. D. —-120i.
Céu 6: Biét 2"(C) +iC, —C, —iC} +---+i"C} +++-+i"C]) =32768i, v6i C} a céc sb t6 hop chap k cia
nvai’=-1.Da T,
A. -330i. B. -8i. C. -36i. D. -120i.
Huéng din giai

g o~k .7 . N
=i'C,, gid tri cua T; bang

Chon B
Ta co:

2"(C) +iC) = Cl =iC) 4+ Cf - +i"C) ) = 32768
@2"(c +iC) +17C +1°C) - +i*Cl 4+ +1"C) ) = 32768
2" (1+i) =2% (*)
Taco( )_21 nénnéu n=2k+1, ke N, thi (1+i) = (1+i)"" =2 (1+1) nén khong
thoa man (*).
Xét n=2k, ke N, thi (1+i)" =(1+i)" =2"*, nén:

()22 2 =2 2% =25 = k=5=n=10.



Tudétacod T, =i'C] =-8i.

CAu 7: Cho cac sd phtc w, z théa mén |w+i| zg va 5w:(2+i)(z—4). Gia tri 16n nhat cua biéu
thirc P =|z—1-2i|+|z—5-2i| bang

A. 647 B. 4+2413. C. 2453 D. 4J13.

Céu 8: Cho céc s6 phitc w, z thoa man |w+i|:¥ va 5w=(2+i)(z—4). Gié tri 16n nhét cia bicu
thitc P =|z—1-2i|+|z—5-2i| bing
A. 647 . B. 4+24/13. C. 24/53. D. 44/13.
Loi gidi
Chon C
Goi z=x+yi, v6i x,y eR.Khi d6 M (x;y) la diém bicu dién cho s6 phirc z .
Theo gia thiét, Sw=(2+i)(z—-4) & 5(w+i)=(2+i)(z—4)+5i < (2-i)(w+i)=2z-3+2i
&|z-3+2i|=3. Suyra M (x;) thudc dudng tron (C):(x—3)"+(y+2)" =9.
Taco P=|z—1-2i|+|z—-5-2i| = MA+MB,v6i A(1;2) va B(5;2).

Goi H 14 trung diém ctia 4B, ta cd H (3;2) vakhi do:
P=MA+MB < ,/2(MA2+MB2) hay P <~4MH® + AB* .
Mt khac, MH < KH v&imoi M €(C) nén

P<VAKH® + AB* = \[4(IH +R)' + AB* =253

M=K 311
Vay P, =24/53 khi hay z=3-5i VA w=>——i.
W e {MA:MB yeme 5 5

Céu 9: Cho sb phuc z=1+i. Biét rang ton tai cac sd phirc zy=a+5i, z,=b (trong d6 a,beR,b>1)
théa man \/§|Z—Zl|=\/§|z—zz|=|zl—zz|.Tinh b-a.
A.b—a=5/3. B.b—a=243. C.b—a=4/3. D. b—a=33.

Céu 10: Cho sb phirc z =1+i. Biét rang ton tai cac sb phirc z,=a+5i, z,=b (trong d6 a,beR,b>1)
théa man x/§|z—zl|:x/§|z—zz|:|zl—zz|.Tinh b-a.
A.b-a=53. B.b—a=243. C.b—a=43. D. h—a=33.

Loi giai
Chon D



Cau 11:

Cau 12:

(1-a)’ +4* =(b-1)" +1

Ta c6: x/§|Z—ZI|=\5|Z—Zz|=|Zl -n= (b_a)2+25=3[(1—a)2+16

(*)
]
(b-1)" —(1-a)’ =15

(b=1Y +2(b=1)(1-a)+(1-a) =3(1-a)’ +§[(b—1)2 _(1_a)2]
@{(b—l)z—(l—a)z—w

8(b-1) —2(b-1)(1-a)+7(1-a)’ =0

Cich 1: (*) &

b-1)" —(1-a)’ =15
NCOR RN
1 T
=3 b_lzzl_a) = 3 Sb-a=33
7 b_ﬁ-i-l
b—l——(l—a) 3
i _|lu=a-1 , Vi—u =15 e B )
Cach 2: bat ta co hpt: (H¢ dang cap quen thudc).
v=b-1 V4 2uv+u’ =23

Goi n la s6 cac s6 phiac z dong thoi thoa man |iz+l+2i|:3 va bicu thic
T= 2|z+5 +2i| +3|z—3i| dat gia tri 16n nhat. Goi M 1a gia tri 1on nhét cua 7. Gia tri tich cla
M. la
A. 10421, B. 6v/13. C. 521. D. 24/13.

Goi n la sb céc sO phic z dong thdi théa man |iz+1+2i=3 va bicu thic

T =2|z+5+2i|+3|z-3i| dat gia trj 16n nhat. Goi M 1a gid trj 16n nhét cia 7. Gié trj tich cua

Mnla

A. 10721 . B. 613 C. 5V21. D. 2./13.
Léi gidi

Chon A

Goi z=x+yi, véi x,y e R. Khi d6 M (x;y) 1a diém bicu dién cho sb phirc z.
Theo gia thiét, |iz +1+2{ =3 & |z+2-i]=3 & (x+2) +(y-1)" =9.

Ta co T =2|z+5+2i|+3|z-3i| =2MA+3MB, v6i A(-5;-2) va B(0;3).
Nhan xétrang 4, B, [ thang hang va 2/4=3IB .

Cach 1: Goi A la duong trung truc cia AB,tacd A:x+y+5=0.



T =2MA+3MB < PA+ PB.Diu “="xayrakhi M =P hoic M =0.

X+y+5=0 (—8—\/5 —2+x/§J, (—8+\/§ 2+\/§J
<P ' va Q| —— - :

(x+2) +(y-1)"=9 2 72 2

Giai hé {

Khi do M=maXT=5\/ﬂ.
Vay Man=10421.
Cich2: Taco 4, B, I thiang hang va 2/4 =3IB nén 2IA+3IB =0.
- —\2 - —\2
= 2MA2+3MB2=2(MI+IA) +3(MI+IB) — SMI* + 214> +31B* =105 .
2
Do d6 T* =(v22MA+\3BMB) <5(2MA* +3MB*) =525 hay T <5V21.

Khi d6 M =maxT =5v21.Déu “="xayrakhi M = P hoic M =0.

Vay M.n=10421.
Céch 3: Goi z=x+yi, v6i x,y e R. Khi d6 M (x;y) 1a diém biéu dién cho sb phurc z.

Theo gia thiét, [iz+1+2i| =3 & |z+2-i|=3 & (x+2) +(y-1)" =9.
it {x=—2+3s1nt' Khi dé
y=1+3cost

P=2MA+3MB=2\(3+3sint)’ +(3+3cost)’ +3y(-2+3sint)’ +(-2+3cost)’

= 2\/27+18(sint+cost) +3\/17—12(sint+cost)

= x/a.\/54+36(sint+cost) +\/§.\/51—36(sint+cost)

Ta thdy: P < 1/(2+3)\/(54+36(sint+cost)+51—36(sintJrcost)) =+/521.
P dat gia trj 16n nhat 1a /521 khi:
\/54+36(sint+cost) ~ \/51—36(sint+cost)

NG N

Toai d6 diém M théa méan hé phuong trinh: {

. -1
<:>smt+cost:?3x+y+2=0.

x+y+2=0 ,
) ) = C0 hai diém M thoa
(x+2) +(y—1) =9
man. Vay M.n= 10421
Céu 13: Cho s6 phitc z, ¢6 |z,|=2018. Dién tich cua da gidc c6 céc dinh Ia céc diém bicu dién cua z, va
11

=—+— duoc viét dang nx/g, neN. Chit sb hang don vi
Z-|-Z0 z Z0

cac nghiém cua phuong trinh

cua n la
A. 9. B. 8. C. 3. D. 4.

Céu 14: Cho ham s6 y=f(x) lién tuc va nhin gia tri duong trén doan {0;%} thoa man

cosx.f(x)dx bang

O e h | N

f'(x)=tanx.f (), Vxe{o;%}, £(0)=1.Khi d6

AT B. Z. C. 7 D. 0.
4 4 4

HET




DPAP AN THAM KHAO

314|567 ,8|9|10|11|12(13|14|15|16|17|18|19|20|21 |22 23|24 |25

C|IBIDID/AIBIBIB|C/A|IA|IC/ID/ID/AIA/B|C|B/A/D|/D|B

26

27

28(29(30(31/32/33|34(35(36/37|38({3940|41(42/43|44|45|46(47|48|49|50

DIDICID|C/DICI|CIA|D/B|/B/A|C/]C/B/ B/[AIC/D|/D|A|B

HUONG DAN GIAI

Ciu 15: Cho s6 phtrc z, co |ZO| =2018. Dién tich cua da gidc co cac dinh la cac diém biéu dién cua z, va

= l+L duoc viét dang n\/g, neN. Chir s6 hang don vi

z+z, z z,

cac nghi¢ém ctia phuong trinh

cua n la
A. 9. B. 8. C. 3. D. 4.
Huéng din giai

Chon C

N z#0
biéu kién:

z,#0
1

Ta co:

1
=—+—<:>Z.ZOZ(Z+ZO)ZO+(Z+ZO)Z oz +z.2,+2, =0
z+z, z z,

2
@(ij +i+1=0 @iz—%igi @Zz(—ligijzo =2z,

2

Ta c6: |z|=|z,|= —%iﬁi |2o| =|zo| =2018 va z,+z, +2, =0.

Do d6 z,,z, z, dugc biéu dién boi ba diém M, M,, M, tao thanh mot tam giac déu nam

trén duong tron tdm O ban kinh R = 2018.
Tam giac déu nay co chiéu cao: h = 3R va do dai canh: a = i.h = iiR =3.R
2 V3 372



Cau 16:

Cau 17:

Cau 18:

2 2
Dién tich tam gidc: S =%a.h = 31: N '2218 A3 =3054243 .43 .

Vay n=3054243 c6 chit s6 hang don vi 1a 3.

Cho ham s y=f(x) lién tuc va nhan gia tri dwong trén doan {0;%} thoa man
3
f'(x)=tanx.f(x), Vxe{o;%} £(0)=1.Khi d6 J.cosx.f(x)dx bang
0
A EZ B. Z. c. 7 D. 0.
4 4 4
Huéng din giai
Chon B
Tu f'(x)=tanx.f(x), Vxe{ Z} va f(x) lién tuc va nhan gia tri duong trén doan {0;%},
ta co:
Lx):tanx, Vxe{O;Z}
/() 4
Jf (x) Jtanxdx Vxe[o ﬁ}
(x) 4
:If(x)dx J-smxdx . E[O 71'}
f(x) cosx 4
= In f(x)=—In(cosx)+C, Vxe{o;%]
Ma f(0)=1 nénsuyra In f(0)=—In(cos0)+C=C=0.
1 V4
Nhu vay | —_] —  vxe|0Z].
uvay In f(x)=—In(cosx)= f(x) o xe[ 4}
: S S
Tu dd [ = dx = . dx = |dx=—.
ur do '([cosxf( x) '([cosx -~ '([ 1
HET
Cho sb phuc z théa man diéu kién |z+2|:|z+2i|. Gia tri nhd nhit caa biéu thic
] (a+b\/ﬁ) )
=|z=1-2i|+|z—3—4i|+|z—5—6i| duoc viét dudi dang 5 v6i a, b 1a cac s0 hiru
ti. Giatricia a+b la
A. 3. B. 7. C.2. D. 4.
Cho s6 phirc z théa man diéu kién |z+2|=|z+2i|. Gid tri nhé nhat cia biéu thic

(Cl+b\/ﬁ)

:|z—1—2i|+|z—3—4i|+|z—5—6i| duoc viét dudi dang T véi a, b 1a cac sb hitu

ti. Giatricia a+b la

A. 3. B. 7. C.2. D. 4.
Hwéng din giai

Chon A

Gidstr z=x+yi v6i x,yeR,tacd



|Z+2|=|Z+2i|

<:>|(x+yi)+2|=|(x+yi)+2i|

<:>|(x+2)+yi|=|x+(y+2)i|

<:>(x+2)2+y2=x2+(y+2)2

S x=y.

Nhu vy z=x+xi voi xe R. Khido ta co
P=|(x—1)+(x—2)z'|+|(x—3)+(x—4)i|+|(x—5)+(x—6)i|

= =1+ (x=2) 4 (x=3) + (x—4) +4(x=5) +(x—6)"

—2x? —6x+5+~2x% —14x+25 +/2x% = 22x + 61

o T T
S TN T B

2
3 11
Dau bang xay ra khi 2 2 <:>x=z.
x-1- 2
1+ 2417

Vay: min P = .Suyraa=1,b=2nén a+b=3.

V2
Céiu 19: Cho hai 56 phic u, v théa man 3ju—6il+3Ju—1-3{ =510, |v=1+2i| =|v+i|. Gié tri nho nhdt
cua |u—v| la:
a0 g 210 c. Vo, p. SN0,
3 3 3
HET




BANG DAP AN

314[5[6|7 8|9 (10]11]12/13/14|15|16|17|18[19/2021|22|23|24|25

5> | =

C/|DIB|C|D|C|D|A

282930313233 |34/35|36|37/38[39[40 |41 42/43/44|45|46 4748|4950

C|IA|D/A/IDIC|DIB/A|B/D/A|C|A|B|/D|IC|/A|A|C|A|D|B

Céu 20: Cho hai s6 phic u, v théa man 3|u— 61+ 3|u—1-3i| =

HUONG DAN GIAI

| =|v+]. Gid tri nho nhdt

cua |u—v| la:

a0, g 210 c. Jio. p. M0
3 3 3
Loi gidi
Chon B
= Tac: 3fu— 6|+ 3[u—1-3{| =510 < |u—6i] +[u—1- 3|_5\/_ MF1+MFz:5\£E.

= u c6 diém biéu dién M thudc elip voi hai tiéu diém F| (0;6), F,(1;3), tim I(%,%) va do

5v10 5v10

= sa="—-.
3 6

FF,=(,-3)= FF,:3x+y—-6=0.

'|:‘\_z+i‘:|v—i| — NA = NB

dai truc I6n 1a 2a =

= Ta co:

= v ¢6 diém biéu dién N thudc dudng thang d 13 trung truc ciia doan AB v6i A (1,-2), B(0;1).

Zﬁz(—lﬁ), K(%;—%} 1a trung diém cia AB=d :x-3y-2=0.

127,

2 2 3410
d(1.d) === ==

Jr+(3)

=200

Dé thay FF, J_d:>m1n|u v| min MN = |d 1,d)-

Cau21: Cho z=x+yi voi x, y eR la sb phtic thoa man diéu kién ‘z+2—3i‘£|z+i—2|£5. Goi M,

m 1an luot 1a gid tri 16n nhét va gia tri nho nhat ciia biéu thirc P =x* + y* +8x+6y . Tinh
M+m.

A. @—20\/_ B. 60—204/10. C. @Jrzo\/_ D. 60+2410.

Cau22: Cho z=x+yi v6i x, yeR la sb phuc théa man diéu kién ‘z+2—3i‘£|z+i—2|£5. Goi M,

m 1an lugt 1a gid tri 16n nhét va gia trj nho nhat ciia biéu thirc P =x* + y* +8x+6y . Tinh
M+m.

A. @—20\/_ B. 60—204/10. C. —+20J_ D. 60+2410.

Loi giai
Chon B



A &

- Theo bai ra: [z+2-3i] <[z +i -2 <5 & \J(x+2) +(-y-3)° <|(x-2)" +(y+1)* <5
2x+y+2<0

Q{(x—2)2+(y+l)zﬁ25
= tAp hop diém bicu dién s6 phirc z 12 mién mét phing (7') théa min

2x+y+2<0
{(x—2)2+(y+1)2325
- Goi A(2;-6), B(-2;2) 1a céc giao diém cua dudng thing 2x+y+2=0 va duong tron
(C"):(x=2) +(y+1) =25,

(1a mién t6 dam trén hinh v€, ké ca bién)

-Tacod: P=x"+)" +8x+6y <:>(x+4)2 +(y+3)2 =P+25.

Goi (C) 1a duong tron tam J (—4;-3), bén kinh R =/P+25.

- Pudng tron (C) cat mién (7') khi va chi khi

JK<R<JA < IJ—IK < R<IA < 2410 -5<25+ P <345 < 4020110 < P<20
(trong d6 JK 1a ban kinh duong tron tam J va tiép xUc ngoai voi duong tron (C ’))

= M =20 va m=40-2010.

Vay M +m=60-2010.

Ciu 23: Goi z,, z, 1a hai trong tit ca cac s6 phtic thoa man diéu kién |(i—1)z—3i+3| =2 va |z, z,|=2.
Goi m, n lan luot 1a gia tri 16n nhit, gia tri nho nhit ciia P = |zl| +|zz|. Gidtricua S=m’+n’
bang
A. 72. B. 90. C. 54. D. 126.

Ciau 24: Goi z,, z, 1a hai trong tit ca cac s phirc thoa min diéu kién |(i—l)z—3i+3| =2 va |z —z,|=2.

Goi m, n lan lugt 13 gia tri 16n nhat, gia tri nho nhat ciia P = |zl| + |zz|. Giatricia S=m’+n’

bang

A.72. B. 90. C. 54. D. 126.
Loi giai

Chon A

Taco |(i-1)z-3i+3| =2 |(i-1)(z-3)| =2 |z-3|=+2.
Goi M 1a diém biéu dién cia z tacdé M nim trén duong tron (C) tam 1(3;0), R :\/5.

Goi 4, B lan luot 1a diém biéu dién cho z,, z, tacd |z, —z,|=2 < 4B =2.



4 4
Cau 25: Cho hai s6 phtic z,, z, théa man |zl —zz| = |zl| =|22| >0.Tinh 4= (ij +(Z—2j .

4 4
Céu 26: Cho hai s phitc z,, z, thoa man |z, — z,| = |z, |=|z,|> 0. Tinh 4= (ij +[Z—2J .

Goi H la trung diém AB ta c6 tam giac [AB vudng tai I (theo dinh ly Pitago dao)
Sm=2B_2_,
2 2

= H chay trén duong tron tam / ban kinh R =1.
P=|z|+|z,|=04+0B < [(1 +1*)(04* +OB*)

Mit khéc theo cong thirc d6 dai duong trung tuyén ta co

AB? 2?

0OA*> +OB* =20H + :2OH2+?:20H2+2

= maxP =0/ +R=3+1=4; minP =|0[-R|=3-1=2=m=4,n=2=S5=64+8=72.

Z,

A. 1. B. 1-i. C. 1. D. 1+i.

A. 1. B.1-i. C. 1. D.1+i.
Loi giai

Chon C

bat z, =a+bi, z,=a'+b'i, v6i a,a’,b,b' € R, ta co:

|Zl_22|:|21|

|Z1 —ZZ|=|ZI|=|ZZ|>O =
EAREN

(Z—Z)(Z—Z)ZZZ zZ,Z2,—2,Z2,— 2,2, +2,Z, =Z,Z
1 2 1 2 171 141 142 241 242 141
<:>{_ C = _ —

ZIZI = ZZZZ lel = Z2Z2

{ZIZZ +ZZZI = ZIZI
2121 = 2,2y

Taco:

2 2 2 — —\2
4 Z Z 4 Z, Z Z,Z
z, Z z, 2z zZ,Z, Z,Z,

— —\2 —\2
:(ZIZZ +_22le _2:(ZléJ _2:_1

21z, Zz)

Tur d6:

(] e

Céu 27: Cho sb phitc z=a+bi (a,beR) thdéa |z+4|+|z—4|=10 va |z—6| 16n nhat. Tinh S=a+b.

A. §=-3. B. §=5. C. §=-5. D. §=11.

Cau 28: Cho s0 phitc z=a+bi (a,b€R) thoa |z+4|+|z—4|=10 va |z—6| lon nhat. Tinh S=a+b.

A. S=-3. B. S=5. C.S=-5. D. S=11.
Loi giai



a
=
S
=
[@!

=

—5\ _4

Goi M (a;b) la diém biéu dién s6 phicc z=a+bi (a,beR), A(-4;0), B(4;0), C(6;0) lan
luot 1a diém biéu dién s6 phic z, =—4, z,=4, z, =6.
Khi d6 ta c6 |z+4|+|z—4/=10 < MA+MB =10 suy ra tap hop diém M 1a (E) nhan 4, B

1a céc tiéu diém, do dai truc 16n 2a=10=>a =5, titucu 2c=8=c=4, h=3
2 2
=(E): —+2 -1,
25 9
Ta tim gi4 tri 16n nhét cua |z—6| = MC, khi d6 MC,,, = EF+FC=11, khi d6 M =E véi

E(-50), F(50)=>z=-5.Vay S=a+b =-5.

Cau 29: Xét cac s6 phicc z=a+bi (a, bR ) c6é mddun bang 2 va phan ao dwong. Tinh gia trj biéu
thic S =[5(a+b)+2]"" khi biéu thiae P =|2+2|+3[2~ 2| dat gia trj 1on nhét.
A. S=1. B. §=2%". C.§=2"", D. §=0.

Cau 30: Xét cac s6 phicc z=a+bi (a, bR ) coé mddun bang 2 va phan ao dwong. Tinh gia trj biéu
thic S =[5(a+b)+2]"" khi biéu thiae P=|2+z|+3[2~ 2| dat gia trj 1on nhét.

A. S=1. B. §=2%"%. C. §=2'", D. §=0.
Loi giai

Chon D

z=a+bi, Z|=2 oV +b =2 < dP+bP=4.

P=2+z+32—2| = (a+2)’ +b* +3\(2=a)’ +b* =Aa+8+38—4a.
J4a+8+38—4a S\/(12+32)(8+4a+8—4a) =4410.
V4a+8 _8-4a

Dau dang thirc xay ra khi

<::>9(4a+8)=8—4a <:>a=—§.
Vi a=-> =b5=2 (do 5>0)
5 5
2018
Vay min P =4+/10 <:>z:—§+§i. Khi d6 S:H—%Jrg}uz} =0.

Céu 31: Cho s6 phirc z thoa mén |(z+2)i+1|+|(Z-2)i—1|=10. Goi M, m lan luot la gié tri I6n nhat
va gia tri nho nhat cia |z| Tinh tong S =M +m.

A.S=9. B. S =8. C. §=221. D. S=221-1.



Céu 32: Cho s6 phirc z thoa mén |(z+2)i+1|+|(Z—-2)i—1|=10. Goi M, m lan luot 1a gia tri 1on nhét
va gia tri nho nhat cia |Z| Tinh tong S =M +m.
A. S=9. B. S=8. C. §=221. D. S=221-1.
Huéng din giai
Chon C
Giast z=a+bi, (a,beR):Eza—bi.
Chia hai vé cho |z| ta duoc: |z+2—i|+|2—2+i|:10.
bat M (a;b), N(a;-b), A(-2;1), B(2;-1), C(2;1)= NB=MC.
X v

Taco: MA+MC =10 = M & (E):~—+_—=1.

Elip nay c6 phuong trinh chinh tic v6i hé truc toa d6 IXY , [ (0;1) 1a trung diém AC.

] . X=x 2 -1)
Ap dung cong thirc doi truc :>X—+M:1.
Y=y-1 25 21

b—lzx/ﬁcost

= 26+(—4cos21+2\/icost).

=Ssint
it {a o ,1€[0;27) = |2 =oM? =a* + b =25s,ir12z+(1+\/icost)2

a=0
b:1+«/i.
a=0

b=1-21

|| :1+\/i<:>cost=1<:>{

min

E =—1+\/ﬁ<:>cost=—1<:>{

:M+m:2\/i-

Céu 33: Cho hai sb phic z,z' théa min |z+5|=5 va |2/+1-3i|=|z'~3-6i|. Tim gi4 tri nh6 nhét ciia

|Z—Z'|.
A.%. B.%. C. J10. D. 34/10.

Chu 34: Cho hai sb phirc z,z' théa min |z+5|=5 va |z/+1-3i|=|z'~3-6i|. Tim gi4 tri nho nhét cua

'
|Z—Z|.

c.J10. D. 310.

Huéng dan giai

A. é B.
2

NGO

Chon A



Goi M (x;y) la diém bicu dién cua s phirc z=x+yi, N(x;»') la diém biéu dién cua so
phtic z=x"+'i.

Tacd [z+5]=5 < |x+5+yi| =5 (x+5) +y* =5".

Vay M thude dudng tron (C):(x+5)" +y* =5

|2 +1-3i] =]z =3—6i] < |(x'+1)+ (' =3) 1| =|(x' =3)+ (' - 6)]

& (x'+1) + (¥ =3) =(x'=3)" +() ~6) = 8x'+6)' =35

Vay N thudc dudng thang A:8x+6y =35

D thiy dudng thang A khong cit (C) va |z—z|= MN

Ap dung bat ddng thirc tam gidc, cho bd ba diém (1,M,N) ta c6.

—5)+6.0—5|_5 ~

V8 +6°

||8( 5
MN =|IN —IM|=|IN - R|>|IN, - R| =|d(I,A)—R|=‘ 5
Dau bang dat tai M =M ;N =N,.
Céu 35: Cho a 14 s6 thuc, phuong trinh z* +(a—2)z+2a-3=0 c6 2 nghiém z, z,. Goi M, N la
diém biéu dién cta z,, z, trén mat phéng toa do. Biét tam giac OMN c6 mot goc bfmg 120°,
tinh tong cac gia tri cia a .
A. -6. B. 6. C. 4. D. 4.
Cau 36: Goiz,, z,, z,, z, la cac nghiém cia phuong trinh z*+4z’+3z°-3z+3=0. Tinh
T =(z} +22,+2) (25 +22,+2)(2} +22,+2)(z] + 22, +2).
A. T=102. B. T=101. C.T=99. D.7T=100.

Céu 37: Cho a 14 s6 thuc, phuong trinh z* +(a—2)z+2a-3=0 c6 2 nghiém z, z,. Goi M, N la
diém biéu dién cua z,, z, trén mit phang toa d9. Biét tam gidc OMN c6 mot goc bang 120°,
tinh tong cac gia tri cia a.
A. —6. B. 6. C. 4. D. 4.
Loi gidi
Chon B



Cau 38:

Vi O, M, N khong thang hang nén z,, z, khong dong thoi 1a s6 thuc, ciing khong dong thoi
1a s6 thuan a0 = z,, z, 1a hai nghi¢m phurc, khong phai s6 thuc ctia phuong trinh

2’ +(a=2)z+2a=3=0. Do dé, ta phai c6: A=a’ ~12a+16<0 < a e(6-25; 6+2V5).

2—a ~N-a*+12a-16 .

z, = o 1

Khi @06, ta co: 2 2 .
2—a -a*+12a-16 .
z, = + i
2 2

= OM =ON =|z)|=|z,|=v2a-3 va MN =|z,—z,|=v-a’ +12a-16 .

2 2 2
Tam gidc OMN cannén MON =120° = OM” +ON_ —MN =co0s120°
20M .ON

2_
@w:—l S a—6a+7=0 a=3+2 (théa man).
2(2a—3) 2

Suy ra tong cac gia tri can tim ctia a 13 6.
Goiz,, z,, zy, z, la cdc nghiém cia phuong trinh z*+4z’+3z°-3z+3=0. Tinh
T=(212+22I +2)(222+222 —i—2)(z3z+2z3 +2)(zf +224+2).
A. T=102. B. T'=101. C.T=99. D.7=100.
Loi giai
Chon B
bat f(z)=z'+42"+32"-3z43 = f(2)=(z2—-2)(z—2,)(z-2z)(z-z,).
Do z/ +2z +2=(z,+1-i)(z,+1+i) nén
T=(z +22,+2)(25 +22,+2) (25 +22,+2)(2} +22,+2) = f (-1+i) f (-1-i)
=(10-i)(10+i) =101.

Chu 39: Tim s6 phitc z thda man |z—1-i|=5 va biu thiuc T =|z—7-9i|+2|z—8i| dat gia tri nh nhat.

A.z=5-2i. B. z=1+6i.
C.z=1+6i va z=5-2i. D.z=4+5;.




BANG DAP AN
4 71819 10[11]12]13]14]15]16/17|18][19]20]21 2223|2425
AlCc|B|B|c|B|/B|Cc|B|B|B|C|D|/A|[D|A|C|D|/D|D|[B|D
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3> | =
@
)

HUONG DAN GIAI
CAu 40: Tim s6 phtc z théa man |z—1—i|=5 va biéu thuc T=|z—7—9i|+2|z—8i| dat gia tri nho nhét.
A. z=5-2i. B. z=1+6i.
C.z=1+6i vaz=5-2i. D.z=4+5i.
Loi giai

Chon B
AN
"

Tur gia thiét |z—1-i|=5 suy ra tap hop cac diém M biéu dién s6 phuc z 1a dudng tron (C)
tam /(1;1), bankinh R=5.
Xét cae diem A(7;9) va B(0;8). Tathdy [4=10=2.IM .

Goi K 1a diém trén tia 14 sao cho IK = iIA =K= (%;3)

0 %zﬁzl, g6c MIK chung = AIKM <> AIMA (c.gc)
A IM 2
MK K 1

=>———=—=— = MA=2MK.
MA IM 2
Lai c6: T =|z~7~9i+2|z~8i| = MA+2.MB =2(MK + MB) > 2.BK =55

=T

min

=5J5 <&M =BK n(C), M nim giita B va K = 0<x,, <%.

Ta cé: phuong trinh duong thang BK 1a: 2x+y-8=0

X
2x+y—-8=0 ¥

(x—1) +(y-1y =25 {

1
6
5 =M =(1;6).

Toa do diém M 1a nghiém cua hé: {

-2

X
Y
Vay z=1+6i 1a s6 phtc can tim.

A £ A A , R . v LT Z 4 A . A N
Céu 41: Cho s6 thyc z, va sb phiic z, thoa man |z, —2i[=1 va Z2—=" 1a s6 thyc. Goi a, b lan luot I

I+1i
gia tri 16n nhat va gia tri nho nhat cia |z1 —22|. Tinh T'=a+b.
A.T=4. B.T=4/2. C.T=3V2+1. D. T=2+3.

Z,—Z 4 . A 3\
i L 1a s0 thuc. Goi a, b lan luot 12
+i

gia tri 16n nhat va gia tri nho nhat ctia |Z1 - zz|. Tinh T =a+b.

Cau 42: Cho s6 thyc z, va s6 phirc z, thoa man |z, -2i|=1 va



A. T=4. B. T=42. C.T=3/2+1. D. T=+/2+3.
Loi giai
Chon B

. . s ovse . o Zy—z (\x—m+yi)(l-i)
Goi z, =m;z,=x+yi;m,x,y € R. Theo dau bai ta co i .1:( Zy)( )1amotso
+1

thucnéntacd —x+m+y=0m=x—y.

Do |z, -2 =1 x* +(y-2)" =1 = (y-2)" <1< 1<y <3 néntaco:

\/5S|zl—zz|=\/(x—m)2+y2 =\/(x—y—x)2+y2 =y\/§S3\/5
:>a:min|zl—x2|:\/§;b:max|zl—x2|:3x/§ =T=a+b=4J2.

Céu 43: Cho a, b, ¢ la cac sb thyc sao cho phuong trinh z° +az’ +bz+¢ =0 c6 ba nghiém phuc lan
lugtla z, =w+3i; z, =w+9i; z; =2w—4, trong d6 w 1a mot s phirc nao do. Tinh gia tri cua

P=|a+b+c|.
A. P=36. B. P=208. C. P=136. D. P=84.

CAu 44: Cho a, b, ¢ 1a céac sb thuc sao cho phuong trinh z° +az’ +bz+c =0 ¢6 ba nghiém phirc
lan luot 1a z,=w+3i; z,=w+9i; z; =2w—4, trong d6 w 1a mot s6 phtric nao d6. Tinh
gia tri cua P=|a+b+c]|.

A. P=36. B. P=208. C. P=136. D. P=384.
Hwéng din giai
Chon C
bat w=x+yi, véi x,yeR.
Tacd z,+z,+z,=—a=4w+4+12i=—a < (4x+4+a)+(12+4y)i=0
4x+4+a=0 4x+4=-a
& & i
1244y =0

Tedo w=x-3i=z =x; z,=x+6i; z; =2x—-4-6i.

y=-3

Vi phuong trinh bac ba z° +az’ +bz+c =0 c6 mot nghiém thuc nén hai nghiém phirc con lai
phai 13 hai s6 phtic lién hop, suy ra x =2x—4 < x = 4.
Nhu vy z, =4; z,=4+6i; z;, =4-6i.
Do d6
z,+z,tz,=—a 12=-a a=-12
22, + 2,2, + 2,2, =— < 184=b < 1b=84
22,2, =C 208 =—c c=-208

Vay P=|a+b+c|=|-12+84+(-208) =136.



	Chương 4 - SỐ PHỨC - Mức độ 1 Phần 1
	Chương 4 - SỐ PHỨC - Mức độ 1 Phần 2
	Chương 4 - SỐ PHỨC - Mức độ 1 Phần 3
	Chương 4 - SỐ PHỨC - Mức độ 1 Phần 4
	Chương 4 - SỐ PHỨC - Mức độ 2 Phần 1
	Chương 4 - SỐ PHỨC - Mức độ 2 Phần 2
	Chương 4 - SỐ PHỨC - Mức độ 2 Phần 3
	Chương 4 - SỐ PHỨC - Mức độ 2 Phần 4
	Chương 4 - SỐ PHỨC - Mức độ 3 Phần 1
	Chương 4 - SỐ PHỨC - Mức độ 3 Phần 2
	Chương 4 - SỐ PHỨC - Mức độ 3 Phần 3
	Chương 4 - SỐ PHỨC - Mức độ 3 Phần 4
	Chương 4 - SỐ PHỨC - Mức độ 4 Phần 1
	Chương 4 - SỐ PHỨC - Mức độ 4 Phần 2
	Chương 4 - SỐ PHỨC - Mức độ 4 Phần 3
	Chương 4 - SỐ PHỨC - Mức độ 4 Phần 4

