PE ON TAP KIEM TRA CUOI HKI
MON: TOAN 11 - BE SO: 01

I. PHAN TRAC NGHIEM (35 cdu — 7,0 di¢m)

Cau 1: Trén duong tron lugng giac, 1ay diém M (——;ij c6 goc luong gidc (O4;0M) c6 s6 do
a+ k27 . Khi do, gié tri cia cota 1a gia tri nao trong cac gia tri sau?
A.i. B. —i. C. —i. D.i.
4 4 3 3
CAu?2: Cho ham s6 c6 d6 thi nhu sau:
y
—T 1 - -
2 | i
- I O T “
~-4_1 2
Day 1a d6 thi ciia ham s
A. y=sinx. B. y=cosx. C. y=tanx. D. y=cotx.
Cau 3: Nghiém cua phuong trinh sinx = % la
/4 2z
A S=1Z vk v ko ke L. B. S={Z+k2m-T s k2m ke L},
6 6 3 3
Vs V4 1
C. S={—+k27z;——+k27z,keZ}. D. S=3—+k2n,keZ;.
6 6 6
Cau4: Trong cac diy sb (“n) cho boi s6 hang tong quat u, sau, day sd nao 1a day sb giam?
A. un:L. B. un:?m_l. C.ou =n. D.u,=vn+2.
2" n+l
Cau5:  Cho cép sd nhan (u,) véi u, =8 va u, =4. Cong boi clia cap s6 nhan da cho béng
A.l. B. —l. C. 2. D. 2.
2 2
Ciu 6: Cho day (u,) co limu, =3, day (v,) co limv, =5.Khi d6 lim(u,.v,)="?
A. 15. B. 8. C.5. D. 3.
Cau7: Chodiysé ) co limu, =-3. Tinh lim(5-u,)
A. lim(5-u,)=38. B. lim(5-u,)=2. C.lim(5-u,)=-8. D.lim(5-u,)=-2.
Cau8: Cho lim f(x)=5; lim g(x)=-2. Tim lim M
X—>+00 X—>+0 x40 D 3g(x)
A -4 B.2. c. -4 p. U
4 4 8 8
Cau9: Tim lim ~ ta dugc két qud la

¥>3 (x + 3)



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

A. 0. B. +o0. C. —©. D. 2.
Ham sé y = f(x) c¢6 @ thi nhu hinh bén. Ham s gian doan tai diém c6 hoanh do

bang bao nhiéu?

YV
3¢--
|
i/
& >

0} 1 2 X

A. x=1. B. x=2 C. y=1. D. x=3.
x—4x+3 .
\ £ ———— khix>1 L s £ FO £ 1:a . 2R
Cho ham so f (x) = x—1 . Xac dinh so thuc a dé ham so lién tuc tai di€ém
ax+1 khi x <1
x=1.
A. a=-1. B. a=1. C.a=3. D. a=-3.
Ham sb nao duéi déy lién tuc trén khodng (—o0;+00)?
A.y:x+l. B. y=+2-x. C.y:2x+1. D. y=x+7.
by x=7

diém A thudc mit phang (P), cach viét nao dusi day la ding?
A. (P)ed. B. 4¢(P). C. Ac(P). D. Ae(P).
Cho tir dién ABCD. G la trong tdm cta tam gidc BCD . Giao tuyén ctia mit phang (ACD) va
(GA4B) 1a:
A. AM (M 1atrung diém cua AB). B. AN (N la trung diém cta CD).

C. AH (H lahinh chiéu caa B trén CD).  D. AK (K 1a hinh chiéu cua C trén BD).
Cho hai dudng thang phan biét @ va b trong khong gian. Co bao nhiéu vi tri twong ddi giita a
vab?

A.3 B. 1 C.2 D. 4

Cho hinh chép S.ABCD c¢6 day ABCD 14 hinh binh hanh. Goi d 1a giao tuyén ciia hai mat phing
(SAB) va (SCD). Khang dinh nao sau ddy dtng?

A. d qua S vasong song véi BC . B. d qua S va song song véi AD.

C. d qua S vasong song voi AB. D. d qua § vasong song voi BD .

Cho hinh chép S.ABCD . Goi M, N lan luot la trong tdm tam gidc SAB va tam gidc SCD.
Khi d6 MN song song v6i mit phing

A. (84C). B. (SBD). C. (54B). D. (4BCD).

Cho hinh chép S.ABCD c6 ddy ABCD la mot hinh binh hanh. Goi 4', B, C', D' lan luot 1a
trung diém cia cac canh S4, SB, SC, SD. Tim ménh dé dung trong cac ménh dé sau:

A. A'C'//(SBD). B. (4'B'C")//(ABC). C. A'B'//(S4D). D. A C'//BD.

Hinh hop c6 bao nhiéu dinh?



Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

A. 6. B. 10. C. 8. D. 4.

Cho hinh hop ABCD.A'B'C'D'. Hinh chiéu song song cta canh 4B 1én mit phang (A'B'C'D’)
theo phuong OO’ 1a

A. B'C'. B. A'B'. C. A4D'. D. A'C'.

Mot du quay & cong vién ¢ ban kinh bang 10m. Tc do ciia du quay 1a 3 vong/phut. Hoi mét
bao lau dé du quay quay dugc goc 270°?

A. 1 phut. B. 1 phut. C. 1 phut. D. 1,5 phut.
3 6 4
, g sin x +sin 2x +sin 3x
Rut gon biéu thirc 4 =
COS X +Cc0S2x+cos3x
A. A=tan6x. B. A4 =tan3x.
C. A=tan2x. D. 4 =tan x+ tan2x+ tan 3x.

Tap xéc dinh ctia ham s y= cot(x —%} la

A. D=R\{kr, ke Z) B.D=R\{%+k2ﬂ,keZ}
C.D=R D.D:R\{%+k7z,keZ}.
1
MI_E
Cho ddy s6 (u, ) xac dinh bdi . . Khi d6 u; c6 gia tri bang
u, = ,Vn>2
2_7/{”71
A2 B. & c. 2. D. 2.
4 3 3 2

Mot rap hat c6 30 day ghé, day dau tién c6 25 ghé. M&i day sau c6 hon diy trude 3 ghé. Hoi rap
hat c6 tat ca bao nhiéu ghé?

A. 1635. B. 1792. C. 2055. D. 3125.

Niam 2022, mot hing xe 6 to niém yét gia ban loai xe X 1 750.000.000 dong va dy dinh trong 10
nam tiép theo, mdi nim giam 2% gia ban so voi gia ban ciia nam lién trude. Theo du dinh do,
nam 2027 hang xe 6 t6 niém yét gia ban loai xe X 14 bao nhiéu?

A. 675.000.000 dong. B. 664.382.000 dong.
C. 677.941.000 dong. D. 691.776.000 dong.
3 2 ) .
Biét lim 2" =4 _ 1 {45 @ 13 tham sb. Khi d6 @~ a’ bing
an” +2 2
A. -12. B. -2. C.o. D. 6.
n n—1
Két qua cta limw béng:
32" 44"
A. 0. B. —©. C.0. D. 1.
2
Gi6i han lim 222 ping

x—2 x_2

A. 1. B. 2. C. D. 3.

N | W



Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

‘e ) X —-x+3 .
Gi61 han lim——————— bang
o1 2] -1

A. —l. B.l. C. 1. D. +o.

2 2
Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tim O. Puong thing S4 khong phai
1a giao tuyén cua hai mit phang nao sau day?
A. (SAC) va (SCD). B. (S4B) va (SAC). C.(SOC) va (S4B). D. (SAC)N(SAD).
Cho tir dién ABCD. G latrong tdm tam gidc BCD, M 1a trung diém CD , I 1a diém trén doan
thang AG, BI cdt mit phang (ACD) tai J . Khing dinh ndo sau day sai?
A. AM =(ACD)N(A4BG). B. 4, J, M thing hang.
C. J la trung diém AM . D. DJ =(ACD)n(BDJ).
Cho hinh chép S.ABCD c6 day ABCD 1a hinh chit nhat. Goi M, N theo thu tu 1a trong tam

ASAB;ASCD . Goi I 1a giao diém ctia cac duong thang BM;CN . Khi d6 ti s6 g—g bang

Al B C. D.

W | N
N | W

1
S5
Cho duong thang a song song véi mit phang (P) v

\

b 1a duong thang ndm trong (P). Khi d6

)

truong hop nao sau day khong thé xay ra?

A. a songsong b. B.acith.

C. a va b chéonhau. D. a va b khong co diém chung.

Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh c6 tdim O, tam gidc SAB can tai S.

Goi (P) la midt phing qua O va song song véi (SAB). Thiét dién cua (P) va hinh chép
S.ABCD la
A. Hinh binh hanh. B. Tam giac can. C. Hinh chir nhat. D. Hinh thang can.

II. PHAN TU LUAN (3,0 diém)

Cau 36:

Cau 37:

Cho hinh vuéng canh 1. Chia hinh vuéng d6 thanh bn hinh vuéng nhé bang nhau, sau d6 t6 mau
hinh vuéng nho géc dudi bén trai. Lap lai cac thao tdc nay vdi hinh vudng nho goc trén bén phai.
Gia su qua trinh trén tiép dién v6 han lan. Goi Uy Uy sy Uy 1an luot 1a chu vi cua cac hinh

vuong dugc t6 mau.

a)Tinh tong S, =u, +u, +...+u, .

b) Tinh tong chu vi cta tit ca cac hinh vudng duoc to6 mau.

Cho tar di¢n ABCD, O 1a mét diém thudc mién trong tam giac BCD, M 1a diém trén doan A0
a) Tim giao tuyén ctia mit phang (MCD) véi cc mit phiang (ABC),(ABD).

b) Goi 1,J la cac diém twong tng trén cac canh BC va BD sao cho IJ khong song song véi
CD . Tim giao tuyén ctia hai mat phang (IJM ) va (ACD) .



Cau 38:

Cau 39:

Mot vong quay quan sat quay nguoc chiéu kim dong hd quanh tryc O cia nd trén mot mat phing
thang dimg vudéng goc voi mat dat. Vong quay c6 dudng kinh banh xe 1d 20 m va c6 12 khoang
hanh khach hinh trimg dugc thiét ké ¢ nhimg vi tri trén duong tron banh xe sao cho khoang cach
gitta hai khoang gan nhit ludn bang nhau. Vi tri hanh khach budc 1én khoang hanh khach cach
mit dat 5 m. Sau khi tt ca moi nguoi da budce 1€n khoang hanh khéch, vi tri khoang hanh khach
cta ban A (nhu trong hinh v€ bén dudi). Hoi vi tri khoang hanh khach cua ban A sau khi vong

1 A ‘A ) A 5 1 \ A \ A e
quay quay duogc 5 e vong cach mat dat bao nhiéu mét? Két qua lam tron dén hang phan muoi.

M
Cong ty A ki hop ddng voi anh Binh dé 1am viéc cho cong ty trong 12 thang voi qui ude thang
dau tién anh Binh s& duoc nhan s tién 13 X dong. Sau d6 mdi thang cong ty s& ting thém cho
anh Binh 250.000 déng vao sb luong cia thang trude. Dong thoi cong ty nay tra trude cho Binh
tong sb tién lwong 12 thang 1am viéc 1a 196.500.000 ddng. Nhung khi lam viéc dén hét thang thi
mudi thi do ban viéc nén anh Binh xin nghi viéc. Hoi anh Binh phai tra lai cong ty bao nhiéu tién
néu cong ty van dong ¥ tra lwong cho anh trong muoi thang lam viée theo thoa thuan ban dau?



HUONG DAN GIAI CHI TIET
I. PHAN TRAC NGHIEM (35 cdu — 7,0 diém)

Cau 1: Trén duong tron lugng giac, 1ay diém M (—%,?j co goc luong gidc (O4;0M) c6 s6 do

a+k2x . Khi do, gid tri cia cota 1a gia tri nao trong cac gia tri sau?
3
A, —. B. —2. C. —i. D.
4 4 3
Loi gidi

w |

Diém M[—%,%) c6 goc lugng gidc (O4;0M ) ¢6 sb do a+k2x . Khi do, gia tri clia

cotg="M=—Z:—=-=
Yu 4

Xy, 3.4 3
55
CAu?2: Cho ham s6 c6 d6 thi nhu sau:

Day 1a d6 thi ciia ham s
A. y=sinx. B. y=cosx. C. y=tanx. D. y=cotx.
Loi giai

N 4 (-7 <. . A .
Vi sm—zl;sm(Tj:—l va sm7r=s1n(—7r):0 nén y=sinx.

Cau 3: Nghiém cua phuong trinh sinx = % la

2
A. S= z+kZ7z;5—7z+kZ7r,keZ . B. S={£+k2ﬂ';——”+k2ﬂ,k€Z}.
- 6 6 3 3
C. SZ{%+k2ﬂ;—%+k2ﬂ,k€Z}. D. S:{%+k27r,keZ}.
Loi giai
| x=£+k27z
Ta c6: sinx = — <> sin x = sin - < (keZ)
2 6 RY/4
x:?+k2ﬂ'

Chu4: Trong céc ddy s6 (u,) cho béi s6 hang tong quat u, sau, ddy so nao 1a ddy so giam?

A. u ! B. u =3n—1

—_ n:2_n' n

C.un=n2. D.u =n+2.

n

n+l’
Loi giai

1 ;

Tacc')un=2— u,, VneN .

n < 2n+1 = n+l

Cau5:  Cho cp so nhan (u,) v6i u, =8 va u, =4. Cong boi cua cap so nhan da cho bang



B. —. C. 2. D. 2.

>
N | —
\ 9]

, u 1
Taco u,=u,.q=>qg=—=—.
u, 2

Cau6:  Choday () co limu, =3, ddy () 6 limy, =5 . Khi d6 lim(u, v, )=

A. 15 B. 8. C.5. D. 3.
Loi giai

Néu limu, =a,limv, =b thi lim(u,v,)=ab

Do d6 lim(u,.v,)=3.5=15.

Cau7: Cho diy s6 (1,) co limu, =-3. Tinh lim(S—un).

A im54)=8  B.lim(5-4,)=2.  C.lim(5-u,)=-8. D.lim(5-u,)=-2.

Loi giai
Ta ¢6: lim(5—u,)=1lim5-1lim(u,)=5-(-3)=8.

Cau8: Cho lim f(x)=5;1lim g(x)=-2. Tim lim 2f(x)+1_
X+ X—>+00 x40 D) 3 g( x)

A -1 B.>. c. -4 .
4 4 8

Loi gidi

Ta c6 1im2f(x)+1: 2.5+1 :E.
x40 ) —39(X) 2—3.(—2) 8

IS

CAu9: Tim lim 2> ta dwoc két qué 1a

¥=>3 (x+3)2
A. 0. B. +o0. C. —o. D. 2.
Loi giai
Cach 1: Ty luin

Tacé: » lim (2x+5)=-1<0

x—-3

« lim(x+3)" =0

x—>-3
¢ (x+3)" >0 khi x> -3
Vay lim 222 _ o
=3 (x+3)

Cach 2: Casio

2x+5
2

B4m may tinh: — bdm CALC — bdm —3+10~ — bam = rdi so dap an.

( X+ 3)
Cau 10: Hamsb y = f(x) co do thi nhu hinh bén. Ham s gian doan tai diém c6 hoanh do

bang bao nhiéu?



iy B. x=2 D. x=3.
Loi giai
Dua vao do thi ciia ham s, ta théy ham s gian doan tai diém c6 hoanh do béng 1.
X —4x+3 )
A \ £ —— khix>1 ;4 £ P TN . 4R
Cau 11: Cho ham s0 f(x)= x—1 . Xac dinh s6 thuc @ dé ham s6 lién tuc tai diém
ax+1 khi x <1
x=1.
A.a=-1. B. a=1. C.a=3. _
Loi giai

Téap xac dinh D=R.
Taco f(1)=a+1

2
va lim £ (x) = lim (ax+1)=a+1; lim £ (x) = lim 2% _jim (x-3)= -2,

x—>1" x—>1" x—1* x—1 x—1 1"
Ham s6 dd cho lién tuc tai x=1< f(1)=lim f(x)=lim f (x) © a+1=-2<a=-3.
x—1" x—>1*
Céau 12: Ham sd nao dudi day lién tuc trén khoang (—o0;+00) ?
A.y:x+l. B. y=+2-x. C.y= . D.y=x+7.

X x—=7
Loi giai

Chon D
Ham s6 da thire lién tuc trén toan bd tap s6 thuc R.

Cau 13: diém A4 thudc mit phang (P), cach viét nao dudi day la ding?

A. (P)ed. B. Ad¢(P). C. Ac(P). D. [A<(P)
Loi giai
Céu 14: Cho tir dién ABCD. G la trong tim cua tam giac BCD . Giao tuyén ctia mit phing (ACD) va
GAB) la:

. AM (M 1atrung diém cua AB).
. AN (N latrung diém cta CD).
. AH (H la hinh chiéu cua B trén CD).
. AK (K lahinh chiéu cia C trén BD).

Loi giai
(ACD)~(A4BN)= AN.

A
B
C
D

Ta c6 (ACD)(GAB)



Cau 15:

Cau 16:

Cho hai duong thang phan biét ¢ va b trong khong gian. Cé bao nhiéu vi tri tuong dbi gitra a
vab?
A. 3 B. 1 C.2 D. 4

Loi giai
Hai duong thang phan biét a va b trong khong gian c6 nhimg vi tri twong dbi sau:
Hai duong thang phan biét @ va b cing ndm trong mot mit phing thi chiing co thé song song
hodc cit nhau
Hai duong thang phan biét a va b khong cing nam trong mot mit phang thi ching chéo nhau
Vay chung ¢6 3 vi tri twong dbi 1a song song hodc cét nhau hodc chéo nhau.
Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi d 1a giao tuyén cuia hai mit phiang
(SAB) va (SCD). Khang dinh ndo sau ddy ding?

A. d qua § vasong song v6i BC . B. d qua § vasong song v41 AD.
C. d qua S vasong song voi AB. D. d qua § vasong song v61 BD .
Loi giai

Ta co:



Cau 17:

Cau 18:

S €(SAB)\(SCD)
AB//CD

AB < (SAB)

CD < (SCD)

Cho hinh chép S.ABCD. Goi M, N lan luot 14 trong tAm tam gidc SAB va tam gidc SCD .
Khi d6 MN song song voi mat phang

A. (84C). B. (SBD). C. (54B). D. (4BCD).

= (SAB)\(SCD)=d v6i d qua S v song song véi AB va CD.

Goi E va F lan luot 13 trung diém ciia AB va CD.
Do M, N latrong tam ASAB, ASCD nén S, M , E thang hang; S, N, F thang hang.
Xét aSEF co: M = 2 = SN nén theo dinh ly Ta lét = MN // EF .

SE 3 SF
Ma EF c (ABCD) nén MN//(ABCD).
Cho hinh chép S.ABCD c6 day ABCD 1a mét hinh binh hanh. Goi 4', B, C', D' lan luot 1a
trung diém cua cac canh S4, SB, SC, SD. Tim ménh dé ding trong cac ménh dé sau:
A. A'C'/I(SBD). B. (4'B'C")//(4BC). C. A'B'//(SAD). D. A'C'// BD.

Loi gidi




Cau 19:

Cau 20:

Cau 21:

Cau 22:

[A'B'/1AB  |A'B'I/(ABC) o
Vi = = (A'B'C")//(ABC)..

B'C'//BC ~ |B'C'//(ABC)
Hinh hop c6 bao nhiéu dinh?
A. 6. B. 10. c. 8 D. 4.
Loi giai
Hinh hop c6 8 dinh.

n

A B
Cho hinh hop 4BCD.A'B'C'D'. Hinh chiéu song song cta canh 4B 1én mit phang (A'B'C'D’)
theo phuong OO’ 1a
A. BC'. B. A'B'. C. 4D D. AC.
Loi giai

Vi ABCD.A'B'C'D’ 1 hinh hop nén BB'|| A4’ || OO’ . Vay hinh chiéu song song ctia 4B 1én mit
phéang (4'B'C'D’) theo phuong 00’ 1a A'B'.

Mot du quay & cong vién cd ban kinh bang 10m. Tc d6 cua du quay 1a 3 vong/phut. Hoi mat
bao lau dé du quay quay dugc goc 270°7?

A. 1 phut. B. 1 phut. C. 1 hut. D. 1,5 phat.
3 6 4
Loi giai
Tinh dugc: 270° = ﬂﬂ' = iﬂ = i.27r
180 2 4

Vay du quay quay dugc goc 270° khi n6 quay dugc % vong
Ta c6: Pu quay quay dugc 1 vong trong % phut

3 31 1
Pu quay quay dugc = vong trong —.— =— pht.
quay quay duc 4 g g 13 2 p

" sin x +sin 2x +sin 3x
Rut gon biéu thirc 4 =
COS X +C0S2x+cos3x
A. A =tan6x. B. A4 =tan3x.
C. A=tan2x. D. A=tanx+tan2x+ tan 3x.

Loi giai



Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

sinx+sin2x+sin3x _ 2sin2x.cos x +sin2x sin2x(2005x+1)

A= =tan 2x.

cosx+cos2x+cos3x 2cos2x.cosx+cos2x  cos 2x(2 COS X + 1)

Tap xéc dinh ctia ham sb y= cot(x —%) la

A. D=R\{kz, keZ} B. D=R\{%+k27z, keZ}

C.D:R D‘_

Loi giai

Ham s6 xé4c dinh khi va chi khi sin(x—%j;t 0<:>x—%¢k7r<:>x¢%+k7r,keZ

Vay tap xac dinh cia ham sbla D=R\ {% +kr, ke Z} .

1
U, = E
Cho ddy s6 (u, ) x4c dinh bdi . .Khi d6 u; c6 gia tri bang
u, = ,Vn>2
2 _ Z’lnfl
A B. 2. c.z. D. 2.
4 3 3 2
Loi giai
N s 1 2 1 3
Theo cong thirc truy hoi ta cou, = — 1 3 = Uy = — = 2
2—— 2——
2 3

Mot rap hat c6 30 day ghé, day dau tién c6 25 ghé. M&i day sau c6 hon diy trude 3 ghé. Hoi rap
hat c6 tat ca bao nhiéu ghé?
A. 1635. B. 1792. C. 2055. D. 3125.
Loi giai
S6 ghé ciia mdi diy theo thir tw d6 1ap thanh mot cap s6 cong c6 30 sb hang co cong sai d =3 va
u, =25.
Tong s6 ghé 1a Sy, =u, +u, +++++ 1 =30, +¥d =2055
Niam 2022, mot hing xe 6 to niém yét gia ban loai xe X 1 750.000.000 dong va dy dinh trong 10
nam tiép theo, mdi nam giam 2% gia ban so voi gia ban ctia nam lién trude. Theo du dinh do,
nam 2027 hing xe 6 t6 niém yét gia ban loai xe X 14 bao nhiéu?
A. 675.000.000 dong. B. 664.382.000 dong.
C. 677.941.000 [déng. D. 691.776.000 ddng.
Loi giai
Goi u, 1 gia xe ban ra sau n nam ké tir nam 2022.
Theo gia thiét, ta c6 u, 1ap thanh cap s6 nhan v&i s6 u, = 750.000.000x 0,98 va g =0,98.
Gia tién xe ban ra nam 2027 13 u; = u,.q* = 750.000.000 x (0,98)5 =677.940.597,6 dong.

KL 4. 2 3-|- 2—4 1 ,. . z o4 2 0y
Biét hm%=— vl @ 1a tham s6. Khi do 4 — 4@ bang
an’ +

A. B0 B. -2. C.o0. D. —6.



Cau 28:

Cau 29:

Cau 30:

Cau 31:

713(2+1 4)
3 2 _ )
an” +2 3( 2) a 2
n a+73
n
Suyra a=4.Khidd a—a*=4-4>=-12.
n_ n-1 _ .
Két qua ciia limw bang:
3.2" +4"
A. +oo. B. —o. c. D. 1.
Loi giai
3 1Y 1Y
n_ n-1_ n__ n_ ( _2( —3()
lim3 4.2 3:lim3 2.2 3=1im 4 2 4) _q
3.2"+4" 3.2"+4" 1Y
30 = | +1
2
2
Gidi han lim2—**2 ping
x—2 x_2
3
Al 1. B. 2. C.=. Q.I
2
Loi giai
2 2)(2x-1
Ta c6 hmzx 5x+2=im(x )(2x )=lim(2x—1)=3
x—2 x_2 x—2 X — x—2
. NxXT—x+3
SN
Giihan 2RI~ bing
A. —l. B.l. C. 1. D.
2 2
Loi giai

lim (2[x]-1)=0; 2|x|-1>0, Vx>1 va limvx* -x+3=3>0.

x—>1" x—-1*
2
Do dé, lim YX ~¥*3 _
o 2[x]-1
Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tim O. Puong thing S4 khong phai
1a giao tuyén cua hai mit phang nao sau day?

A.[(SA€)Va (SED). B. ($4B) va (SAC). C.(SOC) va (S4B). D. (SAC)A\(S4D).

Loi giai



Cau 32:

Cau 33:

Ta co:

Se (SAC) m(SCD)
{C € (SAC)m(SCD)
Véy SA4 khong phai la giao tuyén cta hai mét phang (SAC) va (SCD).

Cho tir dién ABCD. G latrong tam tam giac BCD, M 1a trung diém CD, I la diém trén doan
thing AG, BI cétmit phing (4CD) tai J . Khang dinh nao sau déy sai?

= (8S4C)N(SCD)=SC.

A. AM =(ACD)N(A4BG). B. 4, J, M thang hang.
C. J latrung diém AM . D. DJ =(ACD)~(BDJ).
Loi giai

BG

M
Taco Ae(ACD)N(A4BG), { M €(ACD)N(A4BG) nén AM =(ACD)N(A4BG).

€
Nén AM =(ACD)N(ABG) vay A ding.
A, J, M cung thudc hai mit phing phan biét (4CD),(ABG) nén 4, J, M thang hang, vay

B dung.
Vi I 1a diém tuy y trén AG nén J khoéng phai lic ndo ciing 1a trung diém cia AM .
Cho hinh chép S.ABCD c6 day ABCD 1a hinh chit nhat. Goi M, N theo thu tu 1a trong tam

ASAB;ASCD . Goi I 1a giao diém cta cac duong thang BM;CN . Khi do ti sb g—ll) bang

c.2 D.
3

N | W

Al B L
2
Loi gidi



Cau 34:

Cau 35:

Goi E va F lan luot 13 trung diém AB va CD.
I e BM (SAB )

1 €(SAB)(SCD).
IeCNc(SCD):> =(S4B)n(SCD)

Tacd [ =BM nCN :>{

Ma S € (SAB)N(SCD). Do d6 (SAB)(SCD) = SI.

AB//CD
AB — (SA4B)
Ta co: — SI//AB//CD.Vi SI//CD nén SI//CF .
CDc (SCD)
(S4B)N(SCD) =8I
Theo dinh ly Ta — let ta co: ﬂ:S—N:2::>SI:2CF:CD :>£:1,
CF NF CcD

Cho dudng thiang a song song voi mit phing (P) va b 1a duong thang nam trong (P) . Khi @6
truong hop nao sau day khong thé xay ra?
A. a songsong b. B.acith.
C. a va b chéonhau. D. a va b khong c6 diém chung.

Loi giai
Vi a||(P) nén a khong diém chung v6i mit phing (P).
Ma b < (P) nén a khong diém chung véi b tirc @ khong thé cét b .
Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh binh hanh c6 tam O, tam giac S4B can tai S.
Goi (P) 1a mat phing qua O va song song voi (SAB). Thiét dién cua (P) va hinh chop
S.ABCD la

A. Hinh binh hanh. B. Tam giac can. C. Hinh chir nhat. D. Hinh thang can.
Loi giai



+ Xét hai mit phang (P) va (ABCD) c6

O chung
(P)//(SAB) = giao tuyén ciia (P) va (ABCD) la dudng thing qua O song song
(S4B)N(ABCD)=AB
v6i AB cit AD,BC lan luot tai M ,OQ.
Tuong ty: giao tuyén cia (P) va (SAD) la MN// SA;
giao tuyén cua (P) va (SDC) la NP// DC
giao tuyén cta (P) va (SBC) la PQ//SB.
Vay thiét dién cua hinh chép S.ABCD cit béi mit phing (P) 1a tr gide MNPQ.
e .. |[MO//NP .. R
+ Xét to giac MNPQ co: nén MNPQ la hinh thang can.
MN =PQ
I1. PHAN TU LUAN (3,0 diém)
Cau 36: Cho hinh vudng canh 1. Chia hinh vudng d6 thanh bén hinh vuéng nhé bang nhau, sau d6 t6 mau
hinh vuéng nho géc dudi bén trai. Lap lai cac thao tdc nay vdi hinh vudng nho goc trén bén phai.
Gia st qua trinh trén tiép dién vo han lan. Got u,u,,...,u,,... lan luot 1a chu vi cua cac hinh
vuong dugc t6 mau.
a)Tinh tong S, =u, +u, +...+u,.

b) Tinh tong chu vi cta tat ca cac hinh vudng dugc td6 mau.

Loi giai
Ta co:



Cau 37:

u, =4.—
2
1
M2 = 47
1
M3 = 4?
u, = 4.L
27’/

1 1 1_(;j
— =7

Suyra §, :4.l+4.—2+...+4. : =1—(l :
2 2 2" 1_1 2

~ A A A A N A r A A N A A 1
Day so u,,u,,...,u,,... 1a cap so nhan lui vo han c6 so hang dau u, =2 va cong bdi ¢ = 5

Vay tong chu vi cia tat ca cac hinh vuong dugc t6 mau la:

S=u +u,+..+u, +...:L1:4
1—-=
2

Cho tt dién ABCD, O lamét diém thudc mién trong tam giac BCD, M la diém trén doan AO
a) Tim giao tuyén ctia mit phang (MCD) véi cac mit phiang (ABC),(ABD).

b) Goi 1,J la cac diém twong tng trén cac canh BC va BD sao cho IJ khong song song véi
CD . Tim giao tuyén ctia hai mat phang (IJM ) va (ACD) .

Loi giai

a) Trong (BCD) goi N =DO N BC, trong (ADN) goi P=DM N AN

{PE[MlC(G&M):>Pe(GQM)m(ABC)

Pe AN < (4BC)
Lai c6 C e(CDM )N(ABC)= PC =(CDM )n(ABC).



Tuong ty, trong (BCD) goi Q=CONBD, trong (ACQ)goi R=CM N AQ
ReCM c (CDM)
{R 10 (48D) =€ (CDM )~(A4BD)

= D la diém chung thtr hai cta (MCD) va (ABD) nén DR = (CDM) m(ABD).

b) Trong (BCD) goi E=BONCD,F=1JNCD, K=BENIJ;

trong (ABE) goi G=KM N AE .

Ta co:

{F elJ c(IJM)

Fe(lIM ACD),
FeCDC(ACD): e( )m( )

{G € KM < (M) = G e(IJM)n(ACD).

Ge AE (ACD)

Cau 38: Mot vong quay quan sat quay nguoc chidu kim dong hd quanh truc O clia né trén mot mit phang
thang dung vudng goc v6i mit dat. Vong quay c6 dudng kinh banh xe 13 20 m va c6 12 khoang
hanh khach hinh tring duoc thiét ké & nhimg vi tri trén dudng tron banh xe sao cho khoang cach
giita hai khoang gan nhit ludn bang nhau. Vi tri hanh khach budc 1én khoang hanh khach cach
mat dat 5 m. Sau khi tt ca moi ngudi dd bude 1én khoang hanh khéch, vi tri khoang hanh khach
cua ban A (nhu trong hinh v& bén dudi). Hoi vi tri khoang hanh khéch cua ban A sau khi vong

1 A ‘A ) A 5 1 \ A \ A e
quay quay duogc 5 e vong cach mat dat bao nhiéu mét? Két qua lam tron dén hang phan muoi.

1 1
Ta co: SE vong tuong ung voi goc quay o = 5.27z+€.27z = 107r+%.

Chon duong tron lugng gidc nhu hinh vé trén.



Cau 39:

Khi do6 vi tri khoang hanh khach cua ban A cach mat dat1a

d =15+10sin« :15+103in(107z'+§j

- 15+10$in(107z+§j - 15+IOsin% ~23,66025404

Két qua 1am tron dén hang phan muoi 1a 23,7 m.

Cong ty A ki hop ddng voi anh Binh dé 1am viéc cho cong ty trong 12 thang voi qui ude thang

dau tién anh Binh s& duoc nhan s tién 13 X dong. Sau d6 mdi thang cong ty s& ting thém cho

anh Binh 250.000 déng vao sb luong cia thang trude. Dong thoi cong ty nay tra trude cho Binh

tong sb tién lwong 12 thang 1am viéc 1a 196.500.000 ddng. Nhung khi lam viéc dén hét thang thi

mudi thi do ban viéc nén anh Binh xin nghi viéc. Hoi anh Binh phai tra lai cong ty bao nhiéu tién

néu cong ty van dong ¥ tra lwong cho anh trong muoi thang lam viée theo thoa thuan ban dau?

Loi giai

Ta thdy s6 tién luong hang thang ma anh Binh nhan duoc tir cong ty A 1ap thanh mét cap sb

cong (u,). Trong d6 u, = X ddng 12 sb tién thang lwong du tién ma anh Binh duoc nhan va

cong sai d =250.000 dong.

Vi cong ty ndy tra truée cho Binh tong sb tién lwong 12 thang lam viéc 1a 196.500.000 dong

12[2u1 +(12 —l)a’] . 196.500.000 — 12(2u1 +11x250.000)
2 2

Tong sb tién theo thoa thuan ma anh Binh nhan duogc trong 10 thang la:

o _10[2u+(10-1)d ]| _ 10[215.000.000 +9x 250.000]
10 2 2
Viy sb tién anh Binh phai tra lai cong ty 1a: 196.500.000—-161.250.000 = 35.250.000 dong.

= u, =15.000.000 dong.

nén S, =

=161.250.000 dong.



PE ON TAP KIEM TRA CUOI HKI
MON: TOAN 11 - PE SO: 02

I. PHAN TRAC NGHIEM (35 cdu — 7,0 di¢m)
Cau 1: Cho goc lugng giac (Ou,Ov) c6 sb do 1a —377[, goc lugng giac (Ou,OW) 6 s6 do 1a “Tﬂ Tim
s6 do cua goc lugng giac (Ov, OW).

A. k27r(keZ). B. 27r+k27r(keZ) .C. 377[+k27z(keZ). D. ——+k27r(keZ)

Cau2: Hamsb y=cosx dong bién trén khoang

T -T 7
A. (-7;0). B.|—;7]|. C. (0;7). D. | —;—|.
(=7:0) (2 j (0:7) (2 2)
Cau 3: Nghiém cua phuong trinh cosx =1 Ia

A. x=x+k27, keZ. B. x=%+k27r, kel.

C.x=%+k7r,keZ. D. x=k27, keZ.

Cau4: Cho day so (un), bict u, = SH +2. S6 % 1a s0 hang thr may cua day s6?
n_
A. 6. B. 8. C.9. D. 10.
Cau5:  Cho cép sd nhan (u,) v6i u, =2 vacong bdi ¢ =3. Tinh u,
A.u, =6. B. u, =9. C.u, =18. D. u, =8.

CAu6:  Cho "™y ==3, Imv, =2 wpi 4 lim(u, —v,) bing
A. 5. B. -1 C.s. D. 1.

lim(22” —3”)

Cau 7: bang

A. 3. B. 2. C. —o0. D. +oo.

Cau 8:  Gid tri ctia gi6i han 1ir1;(3x2 +7x+11) 1a

A. 37. B. 38. C. 39. D. 40.
Ciu9: Tinh lim2X*lo
x—3" x—3
A. —00, B. +©. C.0. D. 7.
, _ 37X fhix#3 , , , ,
Cau 10: Chohamso f(x)=<+/x+1-2 . Ham s06 da cho lién tuc tai x =3 khi m=?
m khi x=3
A. -1. B. 1. C. 4. D. 4.
Céu 11: Ham s6 nao sau day gian doan tai x =17
2
+x+2 -
A. y=x"-3x+5. B.y=L. C.y:x 1. D.y:x2+4.
x—1 x+2 x"+1
N \ A 3 “ A . o A N ;. ~
Cau 12: Hamso y= lién tuc tai diém nao duoi day?

x(x+1)(x+2)



Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

A. x=0. B. x=-1. C. x=-2. D. x=3.

Cho 2 duong thang a,b cat nhau va khong di qua diém 4 . Xac dinh duoc nhiéu nhét bao nhiéu
mit phang boi a,b va 42

A. 1. B. 2. C. 3. D. 4.

Cho hinh chop S.ABC . Céc diém M, N, P tuong ung trén SA, SB,SC sao cho MN, NP va PM

cit mit phang (ABC ) twong Ung tai cac diém D, E,F. Khi d6 co thé két luan gi vé ba diém
D,E,F

A. D,E,F thing hang,

B. D, E, F > tao thanh tam giéc.

C. D,E,F cung thugc mQt mat phéng.

D. D,E, F khong cung thugc mot mat phéng.

Cho t&r dién ABCD, goi M va N lan luot 1a trung diém céc canh 4B va CD.Goi G la trong
tam tam gidc BCD. Puong thing AG cét dudng thing ndo trong cac duong thang dudi day?

A

A. Puong thaing MN. B.Puong thing CM . C.Duodng thing DN . D. Puong thiang CD.

Cho hinh chép S.ABCD. Goi A',B',C',D' lan luot 1a trung diém cua cic canh
SA, SB, SC, SD . Trong cac dudng thing sau diy, dudng thing nao khong song song voi A'B' ?
A. 4B. B. CD. C.C'D'. D. SC.

Cho hinh chop S.ABCD c6 day ABCD 1a hinh thoi. Goi H, I, K lan luot la trung di€m cua
SA4, AB, CD.Khing dinh nao sau diy ding?

A. HK//(SBC). B. HK//(SBD). C. HK//(SAC). D. HK//(SAD).

Cho hinh hép 4ABCD.4'B'C'D’ . Ménh d nio sau day sai?

A. (4BB'A") /| (CDD'C"). B. (BDA') /| (D'B'C).

C. (BA'D') // (ADC). D. (ACD') // (A’C'B).

Hinh hop c6 bao nhiéu duong chéo?

A. 16. B. 12. C. 8. D. 4.

Cho hinh hép ABCD.A'B'C'D’. Hinh chiéu song song clia diém A 1én mt phang (A'B'C'D’)
theo phuong BC' la

A. A B. B'. C.D'. D. C'.

Trén duong tron ban kinh R =6, d6 dai cta cung c6 sd do % la

N B.1=". C.l1=24r. p.1=2".
3 24 2



Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cho cosZa:é. Tinh sin2acosa voi O<a<%.

A2 p. V10 c.>. p. 36
27 8 27 16

. ) V4
Tép gia tri chaham s6 y =3 sm(x _Zj la:

3z 3rx
A. [-3:3]. B. [-11]. c. [-31]. D. |——:—|.

4 4
Day s (u,) c6 sb hang tong quat: u, =3n+n>. Hoi s6 40 la s6 hang thir miy cia day sb da
cho?
Al uy,. B. ug. C. u. D. u,.
Trén mot ban ¢ c6 nhiéu 6 vuong, nguoi ta dat 7 hat dé vao 6 dAu tién, sau do dat tiép vao 0
thir hai sb hat nhidu hon 6 thir nhat 1a 5, tiép tuc dit vao 6 tht ba s6 hat nhiéu hon 6 tht hai 13
5,. va cir thé tiép tuc dén 6 thir ». Biét ring dat hét s 6 trén ban co nguoi ta phai str dung 25450
hat. H6i ban cd d6 c6 bao nhiéu 6 vuong?
A. 98. B. 100. C.102. D. 104.
Mot loai loi khuan duoc nudi cdy trong phong thi nghiém, cir cach hai phut sb lwong lai tang 1én
gip d6i so véi s6 lugng dang 6. Tir mot lgi khuan ban dau, hdy tinh tong s lgi khuan c6 trong
dng nghiém sau 30 phat.

A. 16384. B. 16383. C. 32767 . D. 32768.
Tim tat ca cac gia tri ciia tham s6 a dé L =lim (1_5:)2’;‘3:1;;4_1 > 0.
A.a<0;a>1. B. 0<ax<l. C.a<0;a>1. D. 0<ax<]l.
lim[\/2n2 +2n+1—{/n3 +n2} béng
A. —0. B. 0. C. +o0. D. 2.
Tim gidi han lim ] T
¥2 (2—x)
A. +oo. B. —o©. C. 2. D. 1.

2
Biét gi6i han 7 = lim Y& *Z2+0x "1
=l x" =3x42
A. 3. _B.9. C. 3. D. -9.
Cho bon diém khong dong phang, ta c6 thé xac dinh dugc nhiéu nhat bao nhiéu mat phang phan
biét tir bon diem da cho?
A. 3. B. 4. C.2. D. 6.
Cho tir dién ABCD . G latrong tdm tam giac BCD, M 1a trung diém CD, I 1a diém trén doan
thing AG, BI cit mit phang (ACD) tai J . Khang dinh ndo sau déy sai?
A. AM =(ACD)N(A4BG). B. 4, J, M thing hang.
C. J latrung diém AM . D. DJ =(ACD)(BDJ).
Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Goi N 14 trung diém cta canh SC . Ly diém

=c V6i a,b,c 1a sb thuc. Tinh S =a+6b+12¢

M d6ixtng véi B qua A.Goi giao diém G cta dudng thing MN véi mit phiang (SAD). Tinh

.+ GM
ti sO ——.



1 1

A, —. B. —. C.2. D. 3.
2 3
CAu 34: Cho ttt dién ABCD.Goi I va J lan luot 1a trong tim AABC va AABD . Ménh dé nao dudi day
dang?
A. 1J song song voi CD. B. IJ songsong voi AB.
C. IJ chéonhau véi CD. D. IJ cit AB.

Cau 35: Cho hinh chop S-4BCD ¢4 day ABCD 13 hinh thoi canh @, 4BC=60" Goi M 1a diém trén
canh 54 sao cho SM =2MA Mat phing () qua M va song song v6i (4BCD) . Tinh dién tich

ctia thiét dién hinh chop cit boi mit phang (a) .

2 2
A2 B. £az. C. 44>, p. 3
9 9 3

II. PHAN TU LUAN (3,0 diém)

Cau 36: C6 1 kg chit phong xa doc hai. Biét rang, ctr sau mdi khoang thoi gian 7' = 24000 ndm thi mot
nira s6 chat phong xa nay bi phan ra thanh chat khac khong doc hai vai strc khoe con nguoi (77
goi la chu ki ban rd). Goi (u,) 1a khéi lugng chit phong xa con sot lai sau chu ki thir 7.
a. Tim sb hang tong quat u,
b. Tim gidi han u,

Cau 37: Cho hinh chép S.4BCD. M 1a mot diém trén canh SC khong trung v6i S va C.
a) Tim giao diém cua AM va (SBD)
b) Goi N 1a mét diém trén canh BC . Tim giao diém cua SD va (AMN).

Cau 38: S6 gid c6 anh sang mat troi cia mot thanh phd A trong ngay thir ¢ ciia ndm 2023 duge cho boi

7

——(t—60

7 ~60)
thanh phd A c¢6 nhiéu gio c6 anh sang mat troi nhat?

Cau 39: Mot buc tuong trang tri ¢6 dang hinh thang, rong 2,4m & ddy va rong 1,2m & dinh (hinh v&

bén).

mot ham s§ y = 4sin +10 voi teZ va 1<t <365. Vao ngay nao trong nam thi

Céac vién gach hinh vudng c6 kich thudc 10cmx10cm phai duge dit sao cho mdi hang & phia
trén chtra it hon mot vién so v6i hang & ngay phia dudi né. Hoi s& cin bao nhiéu vién gach hinh
vudng nhu vay dé 6p hét birc tudong do?



HUONG DAN GIAI CHI TIET
I. PHAN TRAC NGHIEM (35 cdu — 7,0 diém)

Cau 1: Cho goc lugng giac (Ou,Ov) c6 sb do 1a —37”, goc lugng giac (Ou,Ow) 6 s6 do 1a “Tﬂ Tim

s6 do cua goc lugng giac (Ov, Ow).

A. k2 (keZ). B. 27r+k27r(keZ).C.- D. —3772-+k272'(kEZ)

Loi giai
Theo hé thirc Chasles, ta co:

Ov.0w) = (O, Ow) — (0w, Ov) + k27t = F 3% jon =3 von v kon(ke ).
4 4 2

Cau2: Hamsb y=cosx dong bién trén khoang

A. (-730). B. (%ﬁj C. (0;7). D. (%%j

Loi giai
AY
1
3T - /T 0 m s 3T 2r T
) 2 2 o
-1

Dua vao do thi cia ham s6 y = cos x, ta ¢6 ham s6 nay dong bién trén khoang (~7;0).
Cau 3: Nghiém cua phuong trinh cosx =1 Ia

A. x=z+k27, keZ. B. x=%+k27r, kel.

C-x:%ntkﬂ,keZ. D. x=k2rn, keZ.

Loi giai
Taco: cosx=1<x=k2x, keZ
‘ iy 2n+5 L 7 . . .
Cau4: Choday so (un), biet u, = 5n+4 . So 1 1a s0 hang thr may cua day s6?
n_
A. 6. B. 8. C.9. D. 10.
Loi giai
7 245 7

Tacou, =—< =
12 Sn—4 12

Chu5:  Cho cap sd nhan (u,) véi u, =2 vacong bdi ¢ =3. Tinh u,
A u, =6. B. u, =9. C.u, =18. D. u, =8.
Loi giai

(neN*)<:>24n+60=35n—28<:>11n=88<:>n=8

Ap dung cong thirc tinh s6 hang tong quat ctia cp s6 nhan ta co: u, =u,.q> =2.3* =18.
Viy u, =18.

Cau6:  Cho M ==3, mv, =2 wpi 46 lim(u, —v,) bing



A. -5l B. —1. C.5. D. 1.

Loi giai
lim(u, —v,) =limu, —limy, =-3-2=-5.
lim(2°" —-3") .
Cau 7: 1m( ) bang
A. 3. B.2. C. —x. D. +xf
Loi giai

Ta co 1im(22" —3”):lim(4” —3”):lim4” {1—(3}}:“@ vi lim4" =+ va
4

| e

CAu 8: Gia tri ctia gi6i han lin;(3x2 +7x+11) 1a

A.BR B. 38. C. 39. D. 40.
Loi giai
lin}(3x2+7x+11)=3.22 +7.2+11=37
. 2x+1
lim
Cau9: Tinh 3 x—3 2
A. B3 B. +0. C.0. D.7.
Loi giai
Co lim(2x+1)=7, x—>3 < x-3<0nén lim 2x+31 =—®
x—3" X3 X —
, _ 37X fhix#3 , , , ,
Cau 10: Chohamso f(x)=<+/x+1-2 . Ham s0 da cho lién tuc tai x =3 khi m=?
m khi x=3
A. 1. B. 1. C. 4. D. =4
Loi giai
F(3)=m

. . 3—x . (3—x)(vx+1+2) .
lm f () =lim =" =lim = ~lim(~r+1-2) =4

D¢ ham sé lién tyc tai x =3 thi lim £ (x) = f(3)

x—3

Suyra, m=-4
Céu 11: Ham s6 nao sau day gian doan tai x =1?
2
+x+2
A. y=x"-3x+5. B. y=L
x—1
x—1 x+4
C.y= . D. y= .
4 x+2 4 x’+1
Loi giai
\ £ xX*+x+2 < 1s A e ar s A o4 \ A s .
Ham s60 y =——— 1a ham phén thuc hitu ti ¢6 tap xac dinh 1a DzR\{l} nén gian doan tai
x_

x=1.



Cau 12:

Cau 13:

Cau 14:

Cau 15:

. 3 . ez .
Hamso y = lién tuc tai diém nao duoi day?
x(x+1)(x+2)
A. x=0. B. x=-1. C. x=-2. D. x=3.
Loi gidi
3
X (x + 1) (x + 2)
lién tuc trén cac khoang xac dinh cta no.
Suy ra ham s6 lién tuc tai diém x=3.
Cho 2 duong thing a,b cit nhau va khong di qua diém A4 . Xac dinh dugc nhidu nhit bao nhiéu

Ta co: Tap xac dinh ctiia ham sé y = la D=R\{-2;-1;0}. Vay ham s6 da cho

mit phang boi a,b va 42
A. 1. B. 2. C.3. D. 4.

Loi giai
C6 3 mit phang gdm (a,b),(4,a),(4,b).
Cho hinh chép S.4ABC . Cac diém M, N, P tuong Gmg trén SA4,SB,SC sao cho MN, NP va PM
cit mat phing (ABC ) twong tng tai cac diém D, E,F. Khi d6 c6 thé két luan gi vé ba diém
D,E,F
A. D,E,F thing hang.
B. D, E, F > tao thanh tam giac.
C. D,E,F cung thubc mot mit phang.
D. D,E,F khong cung thuoc mot mit phang.

Loi giai
Ta c6 3 mat phang (4BC),(SAC) va (DNE) ddng quy tai | diém. Ma (4BC)n(SAC)=AC,
(SAC)n(DNE)=MP va (DNE)n(ABC)=DE nén AC,MP,DE ddéng quy. Ma
ACNMP=F nén F e DE.

5
N
/ | \\
.r'r-f L\' \\
J"I ;_’__{.-'JJT-\HHHHH \\\.
P — _“|| - __H_‘:“:\?‘\H‘:\ P
Dﬁ:\-\_;’:__‘——-t___ --h%'_h':“-mr__h
£ f R _
4 & “““ ||' “““““ ;;C === F
\ | - .-"f'-'#--'
| -
f ___.-'""-'
\l___.-'

Cho tir dién ABCD, goi M va N lan luot 1a trung diém cac canh 4B va CD.Goi G la trong
tam tam gidc BCD. Puong thing AG cét dudng thing ndo trong cac duong thang dudi day?



Cau 16:

Cau 17:

A.Puong thang MN . B. Puong thing CM . C.Puongthiang DN . D.Puodng thing CD.
Loi gidi
A

Do AG va MN clng ndm trong mit phang (4BN) nén hai dudng thing ct nhau.

Cho hinh chép S.ABCD. Goi A',B,C’,D' lian luot 1a trung diém cua cac canh
SA, SB, SC, SD . Trong cac dudng thing sau diy, dudng thing nao khong song song voi A'B' ?
A. AB. B. CD. C.CD'. D. SC.

Loi giai

Do A'B' va SC khong ddng phing nén A'B’' va SC khong song song nhau.

Cho hinh chép S.4BCD c¢6 day ABCD 1a hinh thoi. Goi H, I, K lan luot la trung diém cta
SA4, AB, CD. Khing dinh nao sau diy ding?

A. HK//(SBC). B. HK//(SBD). C. HK//(S4C). D. HK//(SAD).



Taco HI la duong trung binh ctia tam giac SAB nén HI//SB < (SBC) = HI//(SBC)
Lai c6 7, K lan luot 13 trung diém AB, CD nén IK//BC (SBC)= IK//(SBC)
Tir, ta c6 (HIK)//(SBC), ma HK < (HIK ) nén HK//(SBC).

Cau 18: Cho hinh hép ABCD.4'B'C’'D’ . Ménh d nao sau day sai?
A. (4BB'A") /| (CDD'C). B. (BDA') // (D'B'C).

C. (BADY I (ADE)| D. (ACD') /I (4C'B).

Loi giai

D' C’

Ta c6 (BA'D')=(BCA'D') va (ADC)=(ABCD).
Ma (BCA'D')n(ABCD)=BC,suyra (BA'D') // (ADC) sai.
Cau 19: Hinh hop c6 bao nhiéu duong chéo?
A. 16. B. 12. C.8. D. &
Loi giai
Hinh hdp c6 4 duong chéo.

Cau 20: Cho hinh hop ABCD.A'B'C'D’. Hinh chiéu song song clia diém A 1én mit phiang (4'B'C'D’)
theo phwong BC' la
A. 4. B. B'. C.D'. D. C'.
Loi giai



Vi ABCD.A'B'C'D’ 1a hinh hop nén ABD'C' 1a hinh binh hanh. V4y hinh chiéu song song cta
A 1én mit phang (A4'B'C'D’) theo phuong BC' 1a D'.

Cau 21: Trén duong tron ban kinh R =6, dd dai cua cung c6 s6 do % la

A 1=2E B. 1=~ C.1=24r. D. =%
3 24 2
Loi giai
Cung c6 s6 do % ctua duong tron ban kinh R=6 codo daila /= R.% = 6.% =377[.
cos2a:l O<a<£
Cau 22: Cho 9 . Tinh sin2acosa véi .
A. B.@. C.i. D.ﬁ.
- 8 27 16
Loi giai
Do 0<a<%nén sina >0, cosa>0.
Ta co:
{ 2cosza—1=l cos2a:§ cosa:_S
cos2a=— & 7 = ? = 3
? 1-2sin’a I sin’ a 4 i
- =— =— sing=—
9 9 73
20

Suy ra sin2acosa =2sinacos’ a ZE.

. ) V4
Cau 23: Tap giatriciahamso y = 3sm(x—zj la:

A. . B. [-11]. C. [-31]. D. [—37”;37”]

Loi giai
Taco —ISsin(x—%jﬁl<:>—3S3sin[x—%j£3

Céu 24: Diy sb (un) c¢6 sb hang tong quat: u, =3n+n". Hoi s6 40 1a s hang thtr miy cua day sb da
cho?
Al uy,. B. ug. C. . D. u,,.
Loi giai
Ta co



Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

5 ) neN*
u,=40<=3n+n =40 n"+3n-40=0 @{nzs
Vay s6 40 chinh 1a s hang Us.
Trén mot ban cd co nhiéu 6 vudng, nguoi ta dat 7 hat dé vao 6 du tién, sau do dat tiép vao 0
thir hai s6 hat nhidu hon 6 thir nhat 1a 5, tiép tuc dit vao 6 thir ba s6 hat nhiéu hon 6 thi hai 1a
5,. va cir thé tiép tuc dén 6 thir ». Biét ring dat hét s 6 trén ban co nguoi ta phai str dung 25450
hat. Héi ban cd d6 c6 bao nhiéu 6 vuong?
A. 98. B. 100. C.102. D. 104.
Loi giai
S6 hat dé trén mdi 6 theo th tu d6 1ap thanh cép s cong (u,) cO uy=7,d=5.Goi n 1a s6 6 trén

ban co thi u, +u, +...+u, =25450=3S, .

_1 2
Ta co 25450=S, = nu, + n(n2 )d =7n +”_2”.5

& 50" +9n—-50900=0 < n=100.
Mot loai loi khuan dugc nudi cdy trong phong thi nghiém, cir cach hai phit sb luong lai ting 1én
gp d6i so vai s6 luong dang co. Tir mot loi khuan ban dau, hiy tinh tong s loi khuan c6 trong
dng nghiém sau 30 phut.
A. 16384. B. 16383. C. 32767, D. 32768.

Loi giai
S6 lugng loi khuan ctr sau 2 phut 1ap thanh cip sé nhan véi u=1,qg=2.

Thoi gian 30 phut tuong Ung trai qua ? =15 lan sinh trudng.

: L : . 2 1-¢" 1-2°
Do do tong s6 lgi khuan nu6i cay dugc sau 30 phit 1a S); = u,. . 9 =1.l 5 =32767.
_q —
2 4
Tim tat ca cac gia tri ciia tham s6 a dé L =lim o1 43an
(l—a)n +2n+1
A.a<0;a>1. B. 0<ax<l. C.a<0;a>1. D. 0<ax<]l.
Loi giai
> 3a
2 4 = _ <0
L=lim "2 iy o = 3a >0@{a .
(l—a)n +2n+1 (l—a)+—3+—4 (l—a) a>1
noon
lim[\/2n2+2n+l—3/n3+n2} .
bang
A. —0. B. 0. C. o, D. 2.
Loi giai
T 2 3f 3 2 . I 2 1 1
Ta co 11m[\/2n +2n+1—\/n +n }:hmn \/2+—+—2—i/1+—}:+oo
non n
. . 2 1 1]
Vi limn =400 va lim| ,[2+—+— —3/1+— =2-1>0.
n o n n |
o g . x+1
Tim gi6i han lim T
x%2(2_x)

A. $00. B. —. C. 2. D. 1.



Loi giai

=400,

2
Cau 30: Biét gi6i han ]:ﬁm\/‘DCSTWLbX 1
x—1 X _3x+2
A= B.9. C. 3. D. 9.

, . ANax?+2+bx—1 ) ax2+2—(bx—l)2
Tacod [ =lim 5 =c < lim ;
=y =3x+2 ! (x—l) (x+2)(\/ax2+2—bx+l)
. (a=b")x" +2bx+1
< lim

! (x—l)2 (x+2)(\/ax2 +2 —bx+1)

Dé ton tai giGi han hitu han thi phuong trinh (a -b’ )x2 +2bx+1=0 conghiém kép x=1

. x+1
Dap s6: lim
P X2 (2—x)4

=c V6i a,b,c 1asb thuc. Tinh S =a+6b+12¢

=C

=cC

a—-b>#0 a-b*#0 a-b*#0 a-b*#0 g=2
PN A'=0 S22 —a=0<={ a=20 << a=2b° @{b_ .
b b=b’-a a=b’-b 2b> =b> —b B
X, =Xx,= 2:1
a-b
2
Khi do, T ==1lim X —2x+1 _lim ! _1

) (r2)(V2 w2 x1) T (e 2) (V2 w2 1) 12

= c:é.Véy S=a+6b+12c=-3.

Céu 31: Cho bdn diém khong dong phing, ta co thé xac dinh dwgc nhiéu nhit bao nhiéu mit phang phan
biét tir bon diém da cho?
A. 3. B. 4. C.2. D. 6.

Loi giai

Do bén diém khong ddng phiang nén khong ton tai bo ba diém thang hang trong sé bon diém
d6. Ctr ba diém khong thang hang xac dinh mot mat phiang nén sb mit phang phan biét ¢ thé
lap dugc tir bén diém da cho 1a C2 =4..

Céu 32: Cho tir dién ABCD. G 1a trong tAm tam giac BCD, M 1a trung diém CD, I 13 diém trén doan
thang AG, BI cit mit phang (ACD) tai J . Khing dinh ndo sau day sai?

A. AM =(ACD)(A4BG). B. 4, J, M thang hang.
C. J latrung diém AM . D. DJ =(ACD)~(BDJ).

Loi giai.




Cau 33:

Cau 34:

M € BG
M eCD

Nén AM =(ACD)N(ABG) vdy A dung.
A, J, M cing thudc hai mit phang phan biét (ACD),(ABG) nén 4, J, M thing hang, vay

Tacd Ae(ACD)N(ABG), { = M €(ACD)N(4BG) nén AM =(ACD)(ABG).

B dung.
Vi I 1a diém tuy ¥ trén AG nén J khong phai luc ndo ciing 1a trung diém cua AM .
Cho hinh chép S.ABCD c6 déy 1a hinh binh hanh. Goi N 1a trung diém cta canh SC . Liy diém
M d6ixting véi B qua A.Goi giao diém G cua dudng thaing MN v6i mit phiang (SAD). Tinh
. 2 GM
1180 —.
GN

A D. 3.

C.2

Loi giai

W | —

1
=

Goi giao diém ctia AC va BD 1a O vaké OM cit AD tai K. Vi O la trung diém AC,
N 1a trung diém SC nén ON // SA. Vay hai mat phang (MON)
va (SAD) cit nhau tai giao tuyén GK song song v6i NO. Ap dung dinh li Talet cho

GK // ON , ta co:

GM KM

GN KO
Goi / 1a trung diém ctiia 4B, vi O 1a trung diém ctia BD nén theo tinh chit dudng trung
binh, OI // AD, vay theo dinh li Talet:

KM _aM_AB_,

KO Al Al
Tur va, ta co G—M:2.

GN

Cho tir dién ABCD. Goi I va J lan luot 1a trong tim AABC va AABD . Ménh dé nao dudi day

ding?
A. IJ song song véi CD. B. IJ song song v&i AB.
C. IJ chéo nhau véi CD. D. IJ cit AB.

Loi giai



Cau 35:

Cau 36:

Goi E 1a trung diém 4B .
El _EJ 1

Vi I va J lan luot 1a trong tAm tam gidc ABC va ABD nén: — = —— =
EC ED 3

Suyra: IJ//CD.

Cho hinh chop S-4BCD ¢ day ABCD 13 hinh thoi canh @, 4BC=60" Goi M 1a diém trén
canh $4 sao cho SM =2MA Mat phing () qua M va song song v6i (4BCD) . Tinh dién tich

cuia thiét dién hinh chop cét boi mat phang ().

24/3 2
AZe B. iaz. C. 4a’. p. 3¢
9 9 3

Loi giai
Goi N,P, Q lan luot 1a giao diém cua (a) va céc canh .
SB,SC, SD .

Vi (@) // (ABCD) nén (&) cit hinh chép S.ABCD theo
thiét dién 1a hinh thoi MNPQ.

Vi (a) /l (ABCD) nén theo dinh 1i Talet, ta c¢o6
MN _NP_PQ _OM _2

AB BC CD 4D 3

:MN:NP:PQ:Mgzga

Khi d6 (e) cét hinh chép theo thiét dién 1a hinh binh hanh

23

MNPQ 6 dién tich S,,,,,, = MN.NP.sin MNP = T3a2 .

II. PHAN TU LUAN (3,0 diém)

C6 1 kg chat phong xa doc hai. Biét rang, clr sau mdi khoang thoi gian 7' = 24000 nam thi mot
nira s6 chat phong xa nay bi phan ra thanh chat khac khong doc hai vai stic khoe con nguoi (77
goi 1a chu ki ban ). Goi (u, ) 1a khéi luong chat phong xa con st lai sau chu ki thi 7.



Cau 37:

a. Tim s6 hang tong quat u,

b. Tim gi61 han u,

Loi giai
a. Tim s6 hang tong quat u,
Sau chu ki thir nhat, lugng phong xa con laiu, = % 1= %(kg)

11 (1Y
Sau chu ki thit hai, lwong phong xa con laiu, = 35" (—j (kg)

3
Sau chu ki thir ba, lugng phong xa con laiu, —% [%) = (lj (kg)

n-1 n
Sau chu ki thir 7, lugng phong xa con lai u, % (%) = (%) (kg)

b. Tim giéi han u,

limu, = lim(lj =0.
2

Cho hinh chép S.ABCD . M 1a mét diém trén canh SC khong tring v6i S va C.
a) Tim giao diém cua AM va (SBD)

b) Goi N 1a mét diém trén canh BC . Tim giao diém cua SD va (AMN).

Loi giai

a) Theo hinh v& ta cé:

+) Trong mp(ABCD): AC giao BD tai O

+) Trong mp(SAC): SO giao MA tai J

Tird6 J chinh 1a giao diém cua AM va (SBD).

b) Gida st AN giao CD tai K

Trong mp(SCD): KM giao SD tai T

Tird6 T chinh la giao diém cua SD va (AMN).

Néu AN va CD song song véi nhau, ta chi viéc ké MT song song voi CD (T € SD) tir d6
cling suy ra dugc 7' la di€m can tim.



Cau 38:

Cau 39:

S6 gio c6 anh sang mit troi cia mot thanh phd A trong ngay thir ¢ ctia nam 2023 dugc cho boi

T
m(f—60)

thanh phd A c¢6 nhiéu gio 6 anh sang mat troi nhat?
Loi giai

(t—60)]+10<14

mot ham s§ y = 4sin +10 voi teZ va 1<t <365. Vao ngay nao trong nam thi

Vi sin|—

(t—60)] <l= y=4sin|-—-

178 178

Ngay ¢6 anh sdng mat troi nhiéu nhit < y =14 < sin %

(t—60)]:1

& L (t—60)=Z k21 <t =149+ 356k,

178 2
149 54 ez
Do 0<t<365:>0<149+356k<365@—ﬁ<k§@

Véi k=0=t=149 roi vao ngay 29 thang 5 (vi ta da biét thang 1 va 3 c6 31 ngay, thang 4 ¢

—L5k=0.

30 ngay, riéng dbi v6i nam 2023 thi khong phai nam nhuan nén thang 2 c6 28 ngay hodc dya vao
dir kién 1<t <365 thi ta biét ndm nay thang 2 chi c6 28 ngay).

Mot birc tudng trang tri cd dang hinh thang, rong 2,4m & day va rong 1,2m & dinh (hinh vé
bén).

Céac vién gach hinh vudng c6 kich thudc 10cmx10cm phai duge dit sao cho mdi hang & phia
trén chtra it hon mot vién so v6i hang & ngay phia dudi né. Hoi s& cin bao nhiéu vién gach hinh
vudng nhu vay dé 6p hét birc tuong do?
Loi giai
D6i 2,4m =240cm;1,2m =120cm .
S6 vién gach & hang dau tién (g véi day 1on) 1a u, = 240:10 =24
S6 vién gach ¢ hang trén cung (img voi day nho) 1a
u,=120:10=12.
Vi mdi hang & phia trén chta it hon mét vién so véi hang & ngay phia dudi né nén ta thu duoc
cap s cong co cong sai d =—1.
Nhu vdy u, =12 =u, +(n—-1)(-1) =>n=13.
Vay sb vién gach hinh vudng can thiét dé 6p hét buc tuong do 1a

(u1+u]3)13
2

S = =234 (vién gach).



PE ON TAP KIEM TRA CUOI HKI
MON: TOAN 11 - DE SO: 03
I. PHAN TRAC NGHIEM (35 cdu — 7,0 di¢m)
Cau 1:  Trén dudng tron luong giac, cho goc luong gidc co sb do —% (rad) thi moi goc lugng giac c6
cung tia dau va tia cudi véi goc luong giac trén déu c6 s do dang nao trong cac dang sau?
A. %+k7z,(k eZ). B —%Hm,(k ez). C. —%+k2ﬂ',(k eZ).D. %4—/(272’,(]{ ez).

Cau2: Trén khoang (—7;7) d6 thi ham s& y =sinx dugc cho nhu hinh vé:

Ay

. ; 0

(SR

Hoi ham s6 y =sinx nghich bién trén khodng nao sau day?

A. (-7;0). B. (llj. C. (0;7). D. [gﬂj

272
Cau 3: Téap nghiém cta phuong trinh cot(2x — 300) =3 1a

A. S:{45°+k900|keZ}. B. S={3o°+k9o°|kez}.
C. S={60°+k90°|keZ}. D. S={90°+k90°|kez}.
Cau 4: Trong cac diy sb (u,) sau, day sd nao bi chin?
2
A. u, =n—sin3n B. un=n +l. C.u,= ! . D. u, =n.sin(3n—1).
n n(n+1)

Chu5:  Cho cap sd nhan (u,) v6i u, =2 va u, =—64. S6 hang dau ciia cap s6 nhan da cho bang

A. 2. B. —1. C.1. D.l.
2
n_ 2n .
Cau 6:  Gidi han lim————— bang
2n+ +5n+
3
A, —o0, B. +oo. C.2. D. 5
Cau7: Giatricua lim(n4—2n2) la
A. o0, B. —o0. C. 1. D. 4.
Cau8: Cho lim g(x)=-o, tinh lim .
g(x)
A, —0, B. 5. C. +o0. D. 0.

Cau9:  Cho limf (x)=2, limg(x)=3. Tinh lim[ / (x)+g(x)]?

x—1

A. 5. B. -5. C. -1. D. 1.



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

x* -1

Chohamsb f(x)=1{ x—1 khix#1 . Ménh dé nao sau ddy ding?
2 khix=1
A. f(1) khong tinh duoc. B. linllf(x) =0.
C. f(x) gién doan tai x=1. D. f(x) lién tyc tai x=1.
Ham s6 nao sau day khong lién tuc tai x =27
2
A. y=x+2. B. y=sinx. C.y= x2. D. y=x"-3x+2.
x —
Phuong trinh x° —3x+23=0 c6 nghiém thudc khoang nao?
A. (-3-2). B. (0;1). C. (-2-1). D. (2;3).
Céc yéu t6 ndo sau day xac dinh mot mat phang duy nhat?
A. Ba diém phan biét. B. Mot diém va mot duong thang.
C. Hai duong thing cit nhau. D. Bén diém phan biét.

Cho hinh chép S.4BCD. Goi I 14 trung diém cua SD, J 1a diém trén canh SC va J khong
trung v6i trung diém SC . Giao tuyén cua hai mit phang (ABCD) va (AIJ ) la:

A. AK (K 1a giao diém cua IJ va BC). B. AH (H lagiao diém cua 1J va AB).

C. AG (G lagiao diém cua 1J va AD). D. AF (F 1agiao diém cua 1J va CD).
Trong khong gian, cho hai duong thang a va b chéo nhau. Mot duong thang ¢ song song véi
a . Khang dinh nao sau day 1a dung?

A. b va c¢ chéo nhau. B. b va ¢ cit nhau.

C. b va ¢ chéo nhau hoic cit nhau. D. b va c song song v&i nhau.

Cho hinh chép S.ABCD, diy ABCD la hinh binh hanh. Piém M thudc canh SC sao cho

SM =3MC, N 1a giao diém ctiia SD va (MAB). Khi do, hai dudng thing CD va MN 14 hai
duong thang:

A. Cat nhau. B. Chéo nhau. C. Song song. D. C6 hai diém chung.
Cho tir dién ABCD c6 M, N lan lugt 1a trung diém cua 4B, AC . Mat phang nao sau day song
song v6i duong thang MN ?

A. (ACD). B. (4BD). C. (4BC). D. (BCD).

Cho hinh lang try tam gidc ABC.A'B'C'. Khing dinh nao sau diy la dang?

A. (4'BC)//(AB'C"). B. (BA'C") J/(B'AC).C. (4BC") // (A'B'C).D. (4BC) /| (A'B'C").
Cho cac hinh duéi day. C6 bao nhiéu hinh 1a hinh lang tru?

N/

\ " v
memmmm—ana- ) S— -
A. 1. B. 2. C. 3. D. 4.
Hinh binh hanh c6 thé 1 hinh biéu dién cta cac hinh nao dudi day?
A. Hinh ngii giac. B. Hinh thang. C. Hinh tam giéc. D. Hinh vuong.

Banh xe cua nguoi di xe dap quay dugc 5 vong trong 8 gidy. Hoi trong 2 gidy, banh xe quay
dugc mot goc bao nhiéu do?



Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

A. 1800°. B. 225°. C. 360°. D. 450°.

1
Cho cosx =—, gia tri cua sin x+z .sin x—Z la
2 2 2

A B~ 2 D. 1.
4 4 4
Trong cac ham s6 sau, ham s6 nao 1a ham sb chan?
A. y=tan2023x+cot 2024x . B. y=sin|2023x|+c0s2024x .
C. y=2023cosx+2024sinx . D. y=cot2023x—-2024sinx.
. U, =- .
Cho day s6 (u,) dugc xdc dinh boi { . Tim s6 hang u,.
u,=3u,,—1, Vnz2
A. u, =-76. B. u,=-7T7. C.u,=-66. D. u, =-67.

Cho cép s6 cong (u,) vO1 u, =3 va u, =12.Giatri 759 la tong clia bao nhiéu sb hang dau cia
cap s cong?

A. 22. B. 23. C. 24. D. 21.

Mot loai thube duoc dung mdi ngay mot lan. Lic dau néng do thude trong mau cua bénh nhan
tang nhanh, nhung mdi lidu ké tiép c6 tac dung it hon lidu trudc d6. Luong thude trong mau &
ngay thir nhat 1a 50mg, va mdi ngay sau d6 giam chi con mot nira so voi ngay ké trude d6. Tinh
téng lwong thudc trong mau cia bénh nhéan sau khi ding thude 10 ngay lién tiép.

A. 99,902. B. 99,805. C. 99,951. D. 99,976.

(Zn -’ )(3112 + 1)

(Zn—l)(n4 —7) .

Tinh gi6éi han L =lim

A.L:—%. B. L=1. C. L=3. D. L = +oo.
. 345
Tinh gi6i han lim ———.
25"+54"
1 1
A, ——. B. 2. C. 2. D. ——.
7 5
X =3x*+2 )

Tim gi6i han 4 =1lim—; :
=1 x" —4x+3

A. 400. B. —o. C.%. D. 1.

N oS | :
Biét rang lim (x +2 +ax—b |=-5.Tinh tong a+b.
X—>+00 X —

A. 6. B. 7. C. 8. D. 5.

Trong mit phang (), cho ti gidkc ABCD c6 4B cit CD tai £, AC cét BD tai F', S 1a diem
khong thude (). Giao tuyén cta (SAB) va (SCD) la

A. AC. B. SE. C. SF . D. SD.

Cho hinh chép S.ABCD c¢6 day 1a hinh thang ABCD AD//BC . Goi I 1a giao diém ctua AB
va DC, M latrung diem SC. DM cét mit phing (SAB) tai J . Khing dinh ndo sau day sai?

A. S, 1, J thang hang. B. DM c mp(SCI). C. JM cmp(SAB). D. SI=(SAB)n(SCD).



Cau 33: Cho tir dién ABCD. P, Q lan luot 1a trung diém cua AB, CD.Piém R nam trén canh BC
sao cho BR =2RC. Goi S 1a giao diém ctia mit phang (POR) va AD . Khi do
A. $4=3SD. B. S4=2SD. C. S4=SD. D. 284=3SD.

Cau 34: Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh binh hanh. M, N lan lugt 1a trung diém cia
AB, AD. Trong cac khiang dinh sau, khing dinh nao sai?
A. MN chéo SC. B. MN //(SBD). C. MN//(ABCD).  D. MN cét CD.

Cau 35: Cho hinh chép S.ABCD c¢6 day la hinh binh hanh tam O, biét AB=6, SA=SB=4.Goi (P)
1a mat phang di qua O va song song v6i mit phang (SAB ) . Dién tich thiét dién cua mit phang
(P) va hinh chép S.4BCD béng?

AN B. 94/7 . o N D. 347 .

2 4
II. PHAN TU LUAN (3,0 diém)

, ) ] f(x)—l6
Cau36: Cho ham so f(x) xac dinh trén R thoa man lim————

=2 x—2

=12. Tinh gidi han

C J2f(x)-16 -4
lim >
=2 X" 4x—6
Cau 37: Cho bén diém 4,B,C,D khong cung thugc mot mat phrfmg. Trén cac doan thrfmg AB,AC,BD
lan luot ldy cac diém M,N,P sao cho MN khong song song véi BC. Tim giao tuyén cia

(BCD) va (MNP).

R ., , C 2sinA4sinB ., e

Cau 38: Cho tam gidc ABC c6 cot—= e Tam giac ABC c6 dac diém gi?

Cau 39: Mot cau thang duong 1én cong troi cia mot diém giai tri & cong vién tinh X duoc han bang sat
¢6 hinh dang cac bac thang déu 1a hinh chit nhét voi cling chiéu rong 1a 35cm va chiéu dai caa
n6 theo thir ty mdi bac déu giam dan di 7cm. Biét rang bac dau tién cua cau thang 1a hinh chir
nhat c6 chiéu dai 189cm va bac cudi cung cau thang 1a hinh chir nhat c6 chiéu dai 63cm. Hoi gia
thanh 1am cau thang d6 gan vé6i s6 nao dudi ddy néu gia thanh 1am mot mét vudng cau thang doé
12 1250000 ddng trén mot mét vudng?



HUONG DAN GIAI CHI TIET

I. PHAN TRAC NGHIEM (35 cdu — 7,0 diém)

Cau 1:

Cau 2:

Cau 3:

Trén dudng tron lugng giac, cho goc lugng giac 6 sb do —% (rad) thi moi goc lugng giac c6

cung tia dau va tia cudi v6i goc luong giac trén déu co sd do dang nao trong cac dang sau?

A. %Hm,(k eZ). B. —%+k7z,(k eZ). C. —%+k272',(k eZ). D. %+k272',(k eZ).
Loi giai

Goc luong giac c6 sb do —% (rad) thi moi goc lugng giac co cung tia dau va tia cudi véi goc

Nganluong giac trén déu c6 s6 do dang —%+ k2, (keZ)

Trén khoang (—7;7) db thi ham s6 y =sinx duoc cho nhu hinh vé&:

Ay

_-,-. : O

b | =

A. (-7;0). B. (—%,%) C. (0;7). D. (%;7[).
Loi giai

Tir hinh v&, ta thay d6 thi ham s6 y =sinx “di xudng” trén khoang (%,ﬂ'j , do d6 ham sb nghich

bién trong khoang (%, ﬂj .

Tap nghiém cta phuong trinh cot (2x - 300) =3 1a

A. S:{45°+k900|keZ}. B. S:{30°+k90°|kez}.
C. S={600+k900|kez}. D. S={90°+k90°|kez}.
Loi gidi

Vi /3 = cot30° nén

cot(2x-30")=+/3

& cot(2x-30) = cot 30"

& 2x-30° =30° + £180°

< 2x=60° +£180°

< x=30"+4k90°, keZ

Vay tap nghiém cta phuong trinh § = {300 + k90°| ke Z} .

Trong cac day so (u,) sau, ddy so nao bi chan?



n +1 1

A. u,=n-sin3n B. u, = : C.u, = : D. u, =n.sin(3n-1).
n n(n+1)
Loi giai
1 . . .
Taco O<u, = <—,VneN =Day (u,)véi u, = bi chan
n(n+l) 2 n(n+l)
Céu5:  Cho cap sdnhan (u,) v6i u, =2 va u, =—64. S6 hang dau cia cip s6 nhan da cho béng
A. 2. B. —1. C. 1. p. L.
2
Loi giai

. 5 u
Taco u, =u,.q :>q:s/—7:—2.
u,

e A 5 A Je A - M u
S6 hang dau cta cap so nhan da cho bang u, =2 =-1.
q

3n _2.52n
1m n+l n+5 3
Cau 6:  Gidi han 2" +5"" bang
A. —oo, B. +x. C.2. D. %
Loi giai
n 2n n n E _25”
... 3"=25 . 3"-225 . \5
Tacd lim = = =lim E =lim~—~4——— = —o0,
2" 45" 22"+5.5" (2)” 5
2.0 =1 +5
Cau7: Giétricua lim(n4—2n2) la
A. +o0. B. —o. C. 1. D. 4.
Loi giai
lim(n* —2n” ) = limn* (1—%)=+oo
n
Cau8: Cho lim g(x)=—o0, tinh lim——.
x—2 g( ) x—>2g(x)
A. —0. B. -5. C. 4. D.0
Loi giai
lim—> =0
x—2 g(x)
limf(x)=2 limg(x)=3 lim x)+gol(x
Cau9: Cho Hlf( ) , ng( ) . Tinh Hl[f( ) <8 )}9
A. 5. B. -5. C. -1. D. 1.
Loi giai
Co IA}E}[f(x)ng(x)] :xli{nf(x)+lgggg(x):2+3 =5.
2 J—
¥l rhix 1

Cau 10: Chohamsé f(x)={ x—1
2 khix=1

. Ménh dé nao sau ddy ding?



Cau 11:

Cau 12:

Cau 13:

Cau 14:

A. f (1) khong tinh dugc. B. lim f(x)=0.

x—l
C. f(x) gian doan tai x=1. D. f(x) lién tuc tai x=1.
Loi giai
Ta c6: Ham sb f(x) xac dinh trén R

2
X

lim £ (x)=lim _lzlim(x+1):2 va f(1)=2.

x—1 e e | x—1

Suy ra ham s6 d3 cho lién tuc tai x=1.
Ham s6 nao sau day khong lién tuc tai x =27

A. y=x+2. B. y=sinx. C.y= x2. D. y=x"-3x+2.

Loi giai
2
al 5 co tap xac dinh D =R\ {2} nén khong lién tyc tai x=2.

Ham s6 y =

Phuong trinh x° —3x+23=0 ¢6 nghiém thudc khoang nao?
A. (-3-2). B. (0;1). C. (-2-1). D. (2;3).
Loi giai
Xét f(x)=x"—3x+23 lién tyc trén R nén f(x) lién tuc trén [-2;-1].
Tacd f(-2)=-3;f(-1)=25= f(-2).f(-1)<0. Vay phuong trinh f(x) =0 ludn cé nghiém
thudc khoang (—2;— 1).

Céc yéu t6 nao sau day xac dinh mot mat phang duy nhat?
A. Ba diém phan biét. B. Mdt diém va mot duong théng.

C. Hai duong thang cat nhau. D. Bén diém phan biét.

Loi giai.
* A sai. Trong truong hop 3 diém phan biét thang hang thi s& c6 vo sb miat phang chira 3 diém
thang hang da cho.

* B sai. Trong truong hop diém thudc dudng thing di cho, khi d6 ta chi c¢6 1 dudng thang, co vo
s6 mit phang di qua dudng thing do.

* D sai. Trong trudng hop 4 diém phan biét thang hang thi c6 vo sb mit phang di qua 4 diém do
hoic trong trudng hop 4 diém mat phang khong dong phang thi s& tao khong tao dugc mit phing
nao di qua ca 4 diém.

Cho hinh chép S.4BCD. Goi I la trung diém cua SD, J 1a diém trén canh SC va J khong
tring voi trung diém SC . Giao tuyén ciia hai mat phang (ABCD) va (AIJ ) la:

A. AK (K la giao diém cua IJ va BC).
B. AH (H 1a giao diém cua IJ va AB).
C. AG (G lagiao diém cua IJ va AD).
D. AF (F la giao diém cia IJ va CD).
Loi giai
Ta c6 (ABCD)(ALT)=(ABCD)(AIF)= AF.



Cau 15:

Cau 16:

Trong khong gian, cho hai duong thang a va b chéo nhau. Mot duong thang ¢ song song véi
a . Khing dinh nao sau day 1a dung?
A. b va ¢ chéonhau. B. b va ¢ cit nhau.
C. b va ¢ chéo nhau hoic cit nhau. D. b va ¢ song song v&i nhau.
Loi giai
Phuong 4n A sai vi b, ¢ c6 thé cét nhau.
Phuong 4n B sai vi b, ¢ c6 thé chéo nhau.

Phuong 4n D sai vinéu b va ¢ song song thi @ va b song song hodc tring nhau.
Cho hinh chép S.ABCD, diy ABCD 1a hinh binh hanh. Piém M thudc canh SC sao cho

SM =3MC, N 1a giao diém ciia SD va (MAB). Khi do, hai dudng thing CD va MN 14 hai

duong thang:
A. Cit nhau. B. Chéo nhau. C. Song song. D. C6 hai diém chung.
Loi giai
X N, pa
/
%
%
D
M €(MAB) N (SCD)

Ta cé: { AB < (MAB); CD < (SCD) => Mx=(MAB)(SCD) v&i Mx J/ CD | AB
AB /| CD



Goi N =MxNSD trong (SCD) = N =SD(MAB)
Vay MN song song v6i CD.
Céu 17: Cho tir dién ABCD c¢6 M, N lan luot 12 trung diém ciia 4B, AC . Mit phang nio sau diy song
song v6i duong thang MN ?
A. (ACD). B. (4BD). C. (4BC). D. (BCD).
Loi giai
Vi M, N lan lugt 1a trung diém ctia AB, AC nén MN la dudng trung binh cua tam gidc ABC,
do d6 MN //BC,laicd6 MN ¢ (BCD) va BC — (BCD) nén MN //(BCD).
Vay dap an D ding.

O

B
Céu 18: Cho hinh lang tru tam giac ABC.A'B'C"'. Khing dinh nao sau day 1a dung?
A. (A'BC) J/ (AB'C"). B. (BA'C') [/ (B'AC).
C. (4BC') [/ (4'B'C). D. (4BC) [/ (4'B'C").

Loi giai
Dap an. B. (4BC) /| (4A'B'C").
Cau 19: Cho céac hinh duéi day. C6 bao nhiéu hinh 12 hinh lang tru?

it

-

A. 1. B. 2. C. 3. D. 4.
Loi giai
C06 ba hinh lang tru 1an luot 1a cac hinh tha 1, 2 va 4
Céu 20: Hinh binh hanh c6 thé 12 hinh biéu dién cua cac hinh nao dudi day?
A. Hinh ngti giac. B. Hinh thang. C. Hinh tam giac. D. Hinh vuong.



Loi giai
Hinh biéu dién cta 1 hinh vuéng 13 1 hinh binh hanh.
Cau 21: Béanh xe ctia nguoi di xe dap quay dugc 5 vong trong 8 gidy. Hoi trong 2 gidy, banh xe quay
duoc mot goc bao nhiéu do?

A. 1800°. B. 225°. C. 360°. D. 450°.
Loi gidi
Ta co: trong 8 gidy quay dugce 5x360° =1800°.
1800°

Khi do trong 1 gidy banh xe quay dugc: =225°.

Vay trong 2 gidy banh xe quay duoc: 450°.
Cau 22: Cho cosx = %, gia tri cia sin(x + %).sin(x —% la

A -1 B. L. C. . D. 1.
= 4 4

N|w

Loi gidi
Ta co:

sin(x+£j.sin(x—£j = l(cos7r—<:os2x) = l.[—l—(2cos2 x—l)] =—cos’ x = —l.
2 2 2 2 4
Céu 23: Trong cac ham s sau, ham sé ndo 13 ham sé chin?

A. y=tan2023x +cot 2024x. B. y =sin|2023x|+ cos 2024x .

C. y=2023cosx+2024sinx . D. y=cot2023x—-2024sinx.

Loi gidi

Xétham so y = f(x)=sin|2023x|+ cos 2024x . Tap xac dinh. D=R.

Véimoi xeD,taco —xeD.

Taco f(—x)=sin|-2023x|+cos(—2024x) =sin|2023x| + cos 2024x = f(x).

Vay f(x) la ham sb chin.

2 u =- z
Céu 24: Cho day s6 (u,) dugc xdc dinh boi { . Tim s6 hang u,.
u,=3u,,—1, Vnz2
A, u, =-76. B. u,=-77. C.u,=-66. D. u, =-67.
Loi gidi

Cach 1. Taco

u, =3u, —1=3.(-2)-1=-7
uy =3u, —1=3.(-7)-1=-22
u, =3u,—1=3.(-22)-1=—67
Cach 2.

1
u,=3u,  —1=3u,, —3+—
2



Cau 25:

Cau 26:

Cau 27:

v, =—
Xét diy s6 (vn) co {
v}’l = n A
2
Khidotaco v, =3y, la cap sb nhan co cong boi bang 3.
=5 .
=v, =—3""
2

n-1

15
Viy u =—-=>.3
YT

Cho cép s6 cong (u,) voi u, =3 va u, =12. Gia tri 759 1a tong ciia bao nhiéu s6 hang dau ciia
cap sb cong?
A. 22. B. 23. C.24. D. 21.
Loi giai
Ta co:

u,=u,+d=3 u, =0
&
u, —u +4d =12 |d =3
Goi tong cua n (n>0,ne N) sb hang dau bing 759 suy ra
S _n[2u1+(n—l)d]

n

[0+ (n—1).3]

=79 < =759

n=-22(loai)
< nn-1)=506 & L B
Mot loai thube duoc dung mdi ngay mot lan. Lic dau né)ng do thube trong mau cua bénh nhan
tang nhanh, nhung mdi lidu ké tiép co6 tac dung it hon liéu trude d6. Luong thude trong méu &
ngay thir nhat 1 50mg, va mdi ngay sau d6 giam chi con mot nira so v6i ngay ké truée d6. Tinh
tong luong thudc trong méau ciia bénh nhan sau khi dung thude 10 ngay lién tiép.
A. 99,902. B. 99,805. C. 99,951. D. 99,976.

Loi gidi

Luong thudc trong mau mdi ngay cua bénh nhan 1ap thanh cip sé nhan véi sb hang dau 1a 50 va
cong bdi g =0.5
Tong luong thude trong mau 10 ngay lién tiép chinh 14 tong 10 s6 hang dau ciia cip s nhan nay

50[1-(0.5)" ]

vabang: S, = — =99.902(mg).

I —tm (211—113)(3112 +1)

[— 4 f— '
Tinh gidi han (2n 1)(n 7)
A.L:—%. B. L=1. C. L=3. D. L =+,
Loi gidi
Ta co
2 2 1
) S I Y

L:hm(2n—n3)(3n2+l) im n” i =lim n” _Z13_ 3




(211—113)(3112 +l) —n’.3n? 3

Giai nhanh: ~ =——
(211—1)(114 —7) 2n.n’ 2
n+l n
Cau 28: Tinh gidi han lim3—4'51.
2.5"+5.4"
1 1
A ——. B. 2. C. 2. D. ——.
7 5
Loi giai
345" 3.3"—4.5" 3@} 4
Ta co lim —— =lim— —— =lim——~——=-2,
2.5"+5.4" 2.5"+20.4" 4Y'
2+20.| -
=30 +2

Cau 29: Tim gi6i han 4 =Ilim—; :
=l x" —4x43

A. +o0, B. —©. g.%. D. 1.
Loi giai

3 2 _ 2 _ 2 _ _
Taco: A=lim> o T2 GV 2x72) _pp ¥ -20-2 3
ol x"=4x+3 ~1 (x=1)(x-3) =l x—=3 2

2
Cau 30: Biétrang lim (x +1-i-ax—bj:—S.Tinh tong a+b.

X—>+0 X—2
A 6. B.7. C. 8. D. 5.
Loi giai
’ 1)x*—(2a+b)x+2b+1
Ta c6: lim(x +1+ax—bj:1im((a+ )x*—( a-; )x+2b+ ]
X—>+0 B X—>+0 X —

Néu a+1>0 thi lim

X—>+00

2_
[(a+1)x (2a;b)x+2b+l]:+oo
x—

Néu a+1<0 thi lim

X—>+0

[(a+1)x2 —(2a+b)x+2b+l}:_OO
x=2

Do dé a+1=0, khi d6
2_ —_
. [(a+1)x (2a+b)x+2b+l]: lim[ (2a+b)x+2b+1]:_(2a+b)

x—2 x—2

2 +1=0 =-1
Vay lim[x +21+ax—bj=—5<3{a {a

X—>+00 X—>+00

=
xove| X — 2a+b=5 b=17
Dodé a+b=6
Céu 31: Trong mit phing (), cho tir gidc ABCD c¢6 AB cit CD tai £, AC cat BD tai F', S ladiém
khong thude (a). Giao tuyén ctia (SAB) va (SCD) la
A. AC. B. SE. C. SF. D. SD.
Loi gidi



Cau 32:

Cau 33:

Hai mit phing (S4B) va (SCD) c6 hai diém chung 14 S va E nén c6 giao tuyén la duong
thang SE .

Cho hinh chép S.ABCD c6 day 1a hinh thang ABCD AD//BC . Goi I 1a giao diém cta AB
va DC, M latrung diem SC. DM cét mit phing (SAB) tai J . Khing dinh ndo sau day sai?
A. S, I, J thing hang. B. DM < mp(SCI). C. JM cmp(SAB). D. SI=(SAB)~(SCD).

Loi gidi.

1§, I, J thang hang vi ba diém cung thudc hai mp (S4B) va (SCD) nén A dung.
I M eSC=>M e(SCI) nén DM < mp(SCI)vay B ding.

) M ¢(SAB)nén JM & mp(SAB) vay C sai.

'] Hién nhién D dtng theo giai thich A.

1 1 @11

S mp =5MN.DH=EMN. DM?* - MH* = "

Cho tir dién ABCD. P, O lan luot 12 trung diém cta 4B, CD.DPiém R nim trén canh BC

sao cho BR =2RC. Goi S la giao diém ctia mit phang (POR) va AD.Khi dé

A. S4=3SD. B. S4=2SD. C. S4=SD. D. 284 =3SD.
Loi giai



Cau 34:

Cau 35:

Goi F =BDANRQ. N6i P voi F cat 4D tai S.

. DF BR CQ DF RC 1
¢f—V———=l—=—=—
FB RC QD FB BR 2
. DF BP AS SA FB
Tuwongtytacd —.—.—=1=—=—+-=
FB PA SD SD
Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. M, N lan luot 1a trung diém cia
AB, AD. Trong cac khiang dinh sau, khing dinh nao sai?

A. MN chéo SC. B. MN//(SBD). ~ C. MN//(ABCD). D.MN cit CD.

2= S4A=2SD.

Loi giai

Vi MN < (ABCD) nén MN khéng song song véi mit phang (ABCD) = cau C sai.

Cho hinh chop S.ABCD c¢é day 1a hinh binh hanh tam O, biét AB=6, SA=SB=4.Goi (P)
1a mat phing di qua O va song song véi mit phing (SAB ) . Dién tich thiét dién cta mit phiang
(P) va hinh chép S.4BCD béng?

A.i B. 97 . C.M. D. 34/7.

7
2 — 4
Loi giai



Qua O ké duong thang song song véi AB cit BC, AD lanluottai M va N .

Qua N ké dudng thang song song véi SA cit SD tai P.

Qua M ké dudng thang song song véi SB cit SC tai Q.

Khi d6 mit phang (P)=(MNPQ) va thiét dién tao bsi (P) va hinh chép la tr gide MNPQ.
Vi M, N la trung diém ciia BC va 4D nén P,Q 1a trung diém ctia SD va SC

— PO||MN ||CD

Ta co:

- PQ la duong trung binh cta tam gidc SCD = PQ = %CD = %AB =3.

- PN 1la duong trung binh cia tam giac SAD = PN = %SA =2.

- OM 1a duong trung binh cua tam giac SBC = OM = %SB =2.

Do d6 tir gidc MNPQ 1a hinh thang can. P 0
Ha PK va QH cung vudng goc MN .
Ta co:
-HM:%(MN—HK):% Nk H M

- Xét tam giac vuong QHM c6: QH =\/QM* — HM* = /4—% :g_

- Dién tich hinh thang MNPQ 1a: § = %(PQ+MN).QH = %(3 - 6)? = #
II. PHAN TU LUAN (3,0 di¢m)
: . - f(x)-16 i
Cau36: Cho ham s6 f(x) xac dinh trén R thoa man hn}— =12. Tinh giéi han
X— x_
C 2r(x)-16-4
lim >
=2 x"4+x—06
Loi giai
_ f(x)-16 L »
Vi 111‘121—2:12 nén lirrzl[f(x)—l6]:0 do néu gigi han nay khac 0 thi giéi han
X— P — X—
- f(x) —16 . ,
11rr21—2 s€ bang vo cung. Ta suy ra dugc lim f (x)=16.
X— x —_— X—

Bién doi



2 1
Do lim f(x)=16 nén suy ra lim =—.
im /() 2 (x+3)( 2f(x)—16+4) 20
Vay
V2 W10 =4 1 (x) 16 2 o3
2 X 4x—6 =2 (x=2) '(x+3)( 2f(x)—16~|—4) 20

Céau 37: Cho bén diém A4, B,C,D khong cung thudc mot mit phang. Trén cac doan thing AB, AC, BD
lan luot lay cac diém M,N,P sao cho MN khong song song véi BC. Tim giao tuyén cia
(BCD) va (MNP).

Loi giai

cE

e Pe BD ma BD c(BCD)= Pe(BCD)

e Pe(BCD)

= P la diém chung cua (BCD) va (MNP)
Trong mp (ABC), goi E=MNnNBC

e £ e BCma BC = (BCD)= E e(BCD)

e Ee MNma MN c(MNP)= E (MNP)

= E la diém chung cua (BCD) va (MNP)
Vay PE 1a giao tuyén ctia (BCD) va (MNP).

A iy . C 2sinA4sinB ., o
Cau 38: Cho tam gidc ABC c6 cot—= TanC Tam giac ABC c6 dac diém gi?
sin

Loi giai

COS —

C 2sinAsinB 2  2sinAsinB

Taco: cot—= -
sinC

. C . C C
sin—  2Sin—Ccos—
2 2 2

= ZCOSZ%IZSinASinB < 1+cosC =cos(A4—B)—cos(A+B)



Cau 39:

& 1+cosC=cos(A4—B)+cosC < cos(A-B)=1<A4-B=0< A4=B
& tam giac ABC can.
Mot cau thang duong 1én cong troi cia mot diém giai tri & cong vién tinh X dwgc han bang sét
¢6 hinh dang cac bac thang déu 1a hinh chit nhat véi cing chidu rong 1a 35cm va chidu dai cua
n6 theo thtr ty mdi bac déu giam dan di 7cm. Biét rang bac dau tién cta cau thang 13 hinh chir
nhat c6 chidu dai 189cm va bac cudi ciing cau thang 13 hinh chit nhat c6 chiéu dai 63cm. Hoi gia
thanh 1am cau thang d6 gan véi s6 nao dudi day néu gia thanh lam mot mét vudng cau thang d6
12 1250000 dong trén mot mét vudng?
Loi giai

Ta c6 chiéu dai cia mdi mit cu thang theo thir tu 1ap thanh mot cAp s6 cong véi sb hang dau
tién 1a u, =189, cong sai d =—7 va sb hang cudi cing 13 u, = 63.
Khi d6 ap dung cong thirc tinh s6 hang tong quat ta co:
u, =u,+(n-1)d < 63=189-7(n-1) < n=19
Téng chidu dai ciia 19 hinh chit nhat d6 1a: S, = 19.”“% =2394..
Dién tich ctia 19 bac thang la: S =35.2394 =83790(cm’) =8,379(m”)
Téng s6 tién dé 1am cau thang d6 1a: 7' =8,379.1250000 = 10473750 dong.

---------- § | Dy J—



PE ON TAP KIEM TRA CUOI HKI
MON: TOAN 11 - PE SO: 04

I. PHAN TRAC NGHIEM (35 cdu — 7,0 di¢m)
Cau 1: Trén duong tron lugng gidc

A'-1;0) A(1:0)

B(0;-1)
Trong céc s6 do dugce cho bén dudi, sé do nao 1a sé do clia gbc luong gide (O4,0B)?
A= B. 3% kor. c. -2 kor. D. Ziior.
2 2 2 2
Cau2: Tap gia tri cia ham s§ y =sin2x la
A [-2:2]. B.R. c. [-L1]. D. [0;2].
Cau 3: Nghiém cua phuong trinh tanx = tang la

A. x:—%+k2ﬂ. B. x:%+kﬂ'. C. x:—§+k7r. D. x:%+k27r.

. . 1 \
Ciau4: Cho dayso (u,)biet u, = 3—? Ménh dé nao sau day ding?

A. Diy s6 tang B. Diy sb giam
C. Diy s6 khéng tang, khong giam D. Diy s6 vira tang vira giam
Chu5:  Cho cap sb cong (u,) ¢6 u, =—-3,u, =27. Tinh cong sai d .
A. d=8. B.d=7. C.d=5. D. d=6.
% s . 3n—-n*
Cau6: K&t qua cia gi6i han lim " 1a:
4n-5
3
A. 0. B. +oo. C. —o. D. 7
Cau7: Giatricua limu bang
2.3"+4"
A.%. B. 0. C. 1. D. +o.
X —x+1 .
Cau 8: Gidi han lim—; " bang
-t x° —
A. —o0, B. -1. C. 1. D. +oo.
Cau9:  Cho céc gi6i han: lim f(x)=2; limg(x)=3. Hoi lim[3f (x)-4g(x)] bing

A. 5. B. 2. C. -6. D. 3.



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

x*—4x+3

Cho ham sb f (x)z x—1 khi x>l. Xac dinh sb thuc @ dé ham sb lién tuc tai diém
ax+1 khi x <1

x=1.

A. a=-1. B. a=1. C.a=3. D. a=-3.

Ham s nao trong cac ham sb dudi day khong lién tuc trén R?
A.y:|x|. B.y:i. C. y=sinx. Ly= i
x—1 |x| +1

Phuong trinh nao du¢i ddy c6 nghiém trong khoang (0;1) ?

A. 2x*—x+9=0. B. x’—x"-2=0.

C.3x*—4x* +5x+1=0. D. x*” -8x+5=0.

Trong khong gian, cho 4 diém khong ddng phiang. C6 thé xac dinh dwgce bao nhiéu mit phing
phan biét tir cac diém da cho?

A. 6. B. 4. C. 3. D. 2.

Cho hinh chép S.4BCD c6 day la hinh thang ABCD(AD//BC). Goi M 1a trung diém CD.
Giao tuyén ctia hai mét phang (MSB) va (SAC) la:

A. SI (I 1a giao diém cua AC va BM). B. SJ (J lagiao diém cua AM va BD).

C. SO (O la giao diém ciia AC va BD). D. SP (P lagiao diém ciia 4B va CD).

Cho tir dién 4BCD, goi I va J lan luot 13 trong tAm clia tam giac ABD va ABC . Puong thang
1J song song v&i duong nao?

A. AB. B. CD. C. BC. D. 4D.

Cho dudng thdng ¢ ndm trong mit phing (&), gia st b & («). Trong céc khang dinh sau, c6
bao nhiéu khang dinh dang?

Néu b//(a) thib/ a.

Néu b cit (o) thi b cit a.

Néu b cét () va () chira b thi giao tuyén cta (o) va () la dudng thing citcd a va b
Néu b//a thi b/ (a).

A. 1. B. 2. C.3. D. 4.
Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Pudng thing 4B song song v&i mit
phang nao dudi day?

A. (84B). B. (4BCD). C. (SCD). D. (S4C).

Cho hinh hop ABCD.A'B'C'D’ . Mit phéng (ABA') song song v&i mat phing nao sau day:
A. (44'C"). B. (CC'D'). C. (4DD'). D. (BBA').

S6 canh cta mot hinh lang tru cé thé 1a s6 nao dudi day?

A. 2026. B. 2023. C. 2024. D. 2025.

Qua phép chiéu song song, tinh chit nao khong dugc bao toan?

A. Chéo nhau B. Bong qui C. Song song D. thing hang.

. , A B B _C C,_ 4 .
Cho tam giac AABC c6 tan—tan— + tan—tan—+ tan —tan— bang
2 2 22 22

A. O B. -1. C.2. D. 1
Goi M =cos®* 75°—sin* 75° thi:



Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

NG
=

A M=1. B. M =— c.i. D. 0
Tap xac dinh cta ham ) y= tan ¥ la
1—tanx
A D=R\ZiromZtkonkel}. B. D=R\{-Ziiom;-Zvkon,keZ}.
2 4 2 4
C. D=RZikm;Ztknker!. D. D=R\Zsikm;Z+k2m kel
2 4 2 4
. . |u =3 . . . .
Cho day s6 (u, ) biét { l ; ,Vne N . Tim s6 hang tong quét clia day so (u, ).
un+l = un
Aou, =3". B.u,=n"". C.u,=3"". D.u, =3"".
Cho cip s6 cong co u, +u,, = 60. Téng ciia 23 s6 hang dau tién 1a
A. 1380. B. 690. C. 120. D. 180.

Bdn goc ctia mot tir gidc tao thanh cp sé nhan va goc 16n nhat gip 27 1an gdc nho nhat. Tong
cua goc lon nhat va goc bé nhat bang

A. 56", B. 102°. C. 252°. D. 168°.
Trong cac gioi han sau day, gioi han nao bang 0?
3 2 2,3 2 a4
A lim 220 B. lim 2 2. C. im22 23" D. lim 22 3"
2n -1 —2n" —4 —2n" -1 =2n" +n

Cho lim(\/n2 +an —n) = g S6 thuc a thudc khoang nio sau day?
A. (2:3). B. (1;2). C. (-10). D. (0;1).
\/X+3 -2 N
1 bang
Y

Gi61 han lim

x—1

AL B. L. C.o0. D. 1
2 4
2
Cho 1im & FPX*6 _ | Tinh «? b2
=2 x42
Al 11, B. 4. C. -3, D. —1.

Cho tir dién ABCD. Goi M,N lan luot 1a trung diém cia CD va 4B . Khang dinh nao dudi
day sai?

A. (ABM)m(ACD):AM. B. (ABM)m(DCN):MN.

C. (AMN)N(ACD)=4B. D. (ACD)N(BDC)=CD.

Cho hinh chép S.ABCD c6 day ABCD khong phai 1a hinh thang. Trén canh SC 1dy diém M .
Goi N 1a giao diém ctia dudng thang SD vé6i mit phang (AMB). Ménh dé nao sau day ding?

A. Ba duong thang AB, CD, MN d6i mdt song song.

B. Ba duong thang AB, CD, MN dbi mot cit nhau.

C. Ba duong thang AB, CD, MN d6ng quy.

D. Ba dudng thang AB, CD, MN cung thudc mot mit phang.

Cho tir dién ABCD. Céc diém P, Q lan luot 14 trung diém cia AB va CD; diém R nam trén

. . 2 . SA
canh BC sao cho BR=2RC.Goi S la giao diém cua mp(PQOR) va canh AD. Tinh ti s0 B



Cau 34:

Cau 35:

A. Z B. 2. é D. é
3 "3 2
Cho hai dudng thang phan biét «, » va mit phiang (). Gid st a||b, bl|(a). Khi dé
A. all(a). B.ac(a).
C. a cit (a). D. al|(a) hodc a c(a).

Cho hinh lang tru ABC A'B'C" Goi I, Y, K lan luot la trong tam tam giac ABC | ACC',
AB'C'. Mit phing nao sau ddy song song v6i (1JK )?

A. (BC'A). B. (44'B). C. (BB'C). D. (cC'4).

II. PHAN TU LUAN (3,0 diém)

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Mot ho nudi tom chira 600 m” nude min véi ndong dd mudi 1 kg / m?. Cht ho nudi tom du dinh

chuyén d6i gibng méi nén bom nude vao hd voi van toe 3m®/ phat dé 1am ngot hoa nude trong
ho.

a) Viét biéu thirc C'() biéu thi ndng do mudi trong h sau = phit ké tir khi bat dau bom.

b) Tinh lim C (x) va giai thich y nghia cua két qua nay.
Cho tr Liién ABCD, M 13a mot diém bén trong tam giac ABD, N 1a mot diém bén trong tam
gidc ACD . Tim giao tuyén cua (AMN) va (BCD)
Mot quéa bong golf ké tur luc duge danh dén lac cham dat da di chuyén dugc mét khoang cach

v02 sin2a

d(m) theo phuong ndm ngang. Biét ring d = trong d6 v, (m/s) 1a van toc ban dau

cua qua bong, g(m / sz) 1a gia tbc trong truong va « 1a goc danh qua bong so v6i phwong nim
ngang. Tinh khodng cach d biét ring v, =15(m/s); g= lO(m/sz) va cosa :% voi

(OSaS45°).

i
L —

-

- = : - -
-

L

a f'( 04 »
. d
Cong ty A mudn thué hai manh dat dé 1am 2 nha kho, mot manh trong vongl10 nim va 1 manh
trong vong 15 nam ¢ hai chd khac nhau. Cong ty bit dong san C, cong ty bat dong san B déu
muon cho thué. Hai cong ty dua ra phuong an cho thué nhu sau
Cong ty C: Nam dau tién tién thué dat 13 60 triéu va ké tir nim thir hai tré di mdi nim ting

thém 3 triéu dong.
Cong ty B: Tra tién theo qui, quy dau tién 1a 8 triéu dong va tir quy thi hai tré di mdi quy ting
thém 500000 dong.
Hoi cong ty A nén lya chon thué dat cia cong ty bét dong san nao dé chi phi 1a thap nhat biét
rang cac manh dat cho thué vé dién tich, do tién loi déu nhu nhau?




HUONG DAN GIAI CHI TIET
I. PHAN TRAC NGHIEM (35 cdu — 7,0 diém)
Cau 1: Trén duong tron lugng gidc

A-150) A(1;0)

B(0;-1)

Trong cac s6 do duoc cho bén dudi, sb do nao 1a sé do ciia goc lugng giac (OA, OB) ?

AT B. 2% i kor. c - ior. D. Zikor.
2 2 2 2
Loi giai
Tir hinh vé ta c6 sd(04,0B) = —377[+ k2.
Cau2: Tap gia trj cia ham sd y =sin2x 1a
A [-2:2]. B. R. c. [-1:1]. D. [0;2].
Loi giai
Tacdo —1<sin2x<1,VxeR.
Vay tap gia tri ciia ham s& y =sin2x 14 [—1;1] .
Cau 3: Nghiém cua phuong trinh tanx = tan% la
A x=-Zikon. B. x=2 tknr. C.x=—Zikn D. x=Z+i2x.
Loi giai
+Diéukién : x ¢§+kn
*tanx = tan%@ x:§+k7r(k EZ)
A ~ A (94 10 A A A ,
Ciau4: Chodayso (u,)biet u, = TR Ménh dé nao sau day ding?
A. Diy s6 tang B. Diy s6 giam
C. Diy s6 khong tang, khong giam D. Diy s6 vira tang vira giam
Loi giai
Tacou,, —u,= 101 _10_10 10_=20
3 3" 33" 3" 33"
Vayu, -u, <0cu,, <u ,VneN
Cau5:  Cho cép sb cong (u,) ¢6 u, =-3,u, =27. Tinh cong sai d .
A. d=8. B.d=17. C.d=5. D.d=6

Loi gidi



Cau 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Taco: ug=u +5d < 27=-3+5d < d =6.

4

Két qua cta giéi han lim 4” la:
n_
3
A. 0. B. +oo. C. —m, D. 7
Loi giai
3
3n-n n4(3—1j ia_l
lim zl'mn—szlimn3.”—5.Ta c6
I
n n
limn® =+
1rnn3 o0 3 1
—nt 3
et S S lim > =1limn’ —= —o0,
lim2t—=—-—<0 4n— 5
5 4-—
4-—— n
n
4 4
Giai nhanh : 3non ~L=—l " ———
4n-5 4n 4
Gia tri cua lim7'2— bang
2.3"+4"
A.%. B.0 C.1 D. +o.
Loi giai
7 2 +1
, . 12" +4" 4 0+1
Ta c6: lim = = =
" +4" (3}" 0+1
=~ +1
4
. X" —x+1
lim=———
Giéihan =" X" =1 bang
A. —0, B. 1. C.1 D. +oo.
Loi giai
2
im* ¥ youi lim (x* —x+1)=1>0va lim (x* 1) = 0;x* =1> 0, Vx> 1.
-t x =1 x—1* x>t
limf(x)=2 limg(x)=3 lim|3f(x)-4g(x .
Cho cac gidi han: *% ( ) ; % ( ) . Hé1 H"o[ ( ) ( )] bang
A. 5. B. 2. C. -6. D. 3.
Loi giai
Taco lim[3/(x)-4g(x)]=1lim3f(x)-lim4g(x)=3lim f(x)-4limg(x)=—6.
x’—4x+3 .
\ £ ————— khix>1 L4 £ 21 £ 1ia . a2
Cho ham s0 f (x) = x—1 . Xac dinh s0 thuc a dé ham so lién tuc tai di€ém
ax+1 khi x <1
x=1.
A. a=-1. B. a=1.
C.a=3. D.a=-3



Cau 11:

Cau 12:

Cau 13:

Cau 14:

Loi gidi
Tap xac dinh D =R.
Taco f(1)=a+1
va limf(x): lim(ax+1):a+1' limf(x): limwz lim(x—3):—2
x>~ x—>1” RT x—>1* x—1 x>1* '

Ham sé di cho lién tuc tai x=1<:>f(1)=linlgf(x):lirgf(x)c>a+1=—2<:>a:—3.

Ham sd nao trong cac ham sé duéi day khong lién tuc trén R ?
X
A.y:|x|. B. y=—"-.
x—1
X

TR

C. y=sinx.
Loi giai
Tap xéac dinh ciia ham s6 y = Ll la R\{1}.
x—

Ham s lién tuc trén timg khoang (—o0;1) va (1;+00) nén ham s6 khong lién tuc trén R.
Phuong trinh nao dudi ddy c6 nghiém trong khoang (0;1) ?
A. 2x*—x+9=0. B. x’—x"-2=0.
C.3x*—4x* +5x+1=0. D. x* —8x+5=0.
Loi gidi
Xét ham s f(x) =x" -8x+5.
Ham sé lién tyc trén doan [0;1] va £(0)./(1)=5.(-2) =-10<0.

2023

Vay phuong trinh x™* —8x+5=0 c6 nghiém trong khoang (0;1).
Trong khong gian, cho 4 diém khong dong phiang. C6 thé xac dinh dugce bao nhiéu mit phing
phan biét tir cac diém da cho?
A. 6. B. 4. C. 3. D. 2.
Loi giai
Véi 3 diém phan bi¢t khong théng hang, ta luén tao dugc 1 mat phéng xac dinh.
Vay v6i 4 diém khong dong phing ta co C; =4 mit phang.
Cho hinh chép S.4BCD c6 day la hinh thang ABCD(AD//BC). Goi M 1a trung diém CD.
Giao tuyén cta hai mit phang (MSB ) va (SA C ) la:
A. SI (I la giao diém ciia AC va BM).
B. SJ (J la giao diém ciia AM va BD).
C. SO (O la giao diém ciia AC va BD).
D. SP (P la giao diém cua AB va CD).
Loi giai
Ta c6 (MSB)(SAC)=SI.



Cau 15: Cho tirdién ABCD, goi I va J lan luogt 14 trong tAm cua tam gidc ABD va ABC . Puong thang
1J song song v&i duong nao?
A. AB. B. CD. C. BC. D. 4D.

Loi giai

Goi N, M lan luot 1a trung diém caa BC , BD.
= MN la duong trung binh ctia tam giac BCD = MN // CD (1)
Al AJ 2

J; I lan lugt 1a trong tAm céc tam gidc ABC va ABD = ——=——===1J | MN (2)
AM AN 3

Tu (1) va (2) suyra: 1J j/ CD.

Chu 16: Cho dudng thang ¢ nim trong mdt phang (a), gid st b & (). Trong c4c khing dinh sau, c6
bao nhiéu khang dinh dang?
Néu b//(a) thib/ a.
Néu b cit (a) thi b cit a.
Néu b cit (a) va () chira b thi giao tuyén cia (a) va (p) la duong thing citca a va b
Néu b//a thi b/ (a).

Al B.2. C.3. D. 4.
Loi gidi



sai vi néu b//(e) thi b//a hoac a, b chéo nhau.
sai vinéu b cit () thi b cit a hodc a, b chéo nhau.
sai vinéu b cét (a) va (B) chira b thi giao tuyén ctia () va (4) 1a duong thing cdt a hodc
song song voi a hodc trung voi a.
dang.
Vay c6 1 khang dinh ding.
Céu 17: Cho hinh chop S.ABCD c6 ddy ABCD 1a hinh binh hanh. Pudng thing 4B song song v&i mit
phang nao dudi day?

A. (S4B). B. (ABCD). C. (SCD). D. (S4C).
Loi giai

AB//CD
Taco CD C(SCD)y= AB//(SCD).

AB ¢ (SCD)

Cau 18: Cho hinh hop ABCD.A'B'C'D' . Mit phang (ABA') song song v&i mat phang nao sau day:
A. (44'C). B. (CC'D"). C. (4DD'). D. (BB'A').
B

|

5 I

e — — — —

/
/
K
Loi giai
CC'//AA4'
Ta c6:{CC'z (ABA') = CC'//(ABA"), twong ty C'D'//( ABA")
AA' < (ABA))

CcC',C'D' c (CC'D’)
Mit khac: 1 CC'nC'D' ={C"} = (CC'D")//(ABA").
CC'//(ABA’), C’D’//(ABA')
Céau 19: S canh ciia mot hinh lang tru c6 thé 1a sé nao dudi day?
A. 2026. B. 2023. C. 2024. D. 2025.
Loi giai
Gia sir da giac day cta hinh lang tru c6 n canh. Khi d6 hinh ling tru c6 tat ca 3n canh. Suy ra
s6 canh cua hinh lang tru 1a mot s6 chia hét cho 3.
Vay trong s6 cac phuong an da cho thi s6 canh cia hinh lang tru chi c6 thé 1a 2025 .
Céu 20: Qua phép chiéu song song, tinh chit nao khong duoc bao toan?
A. Chéo nhau B. Pong qui C. Song song D. thang hang.
Loi giai
Theo tinh chét ciia phép chiéu song song.



. ., , A, B B C C, A4 .
Cau 21: Cho tam gidc AABC c6 tanztan3+tanztan?+tan3tan3 bang

A. 0 B. -1. C. 2. D. 1
Loi giai
tané+tan—
Ta co: tan(A+Bj:cot£<:> 2A %: lC
2 1—tan—tan — tanz
A B B C C A
< tan—tan—+tan—tan—+tan—tan— =1
2 2 2 2 2 2
Cau22: GoiM =cos® 75" —sin* 75° ;.
A M=1. E.M:—ﬁ. c. i D. 0
2 4
Loi gidi

V3

M =cos* 75° —sin* 75° = (cos2 75° —sin? 750)(0032 75° +sin? 750) =cosl50° =—=,

2
Céu 23: Tép xéac dinh ctia ham s6 y = tan x la
1—tanx
A D=R\Z ionZikon ket B. D=R\!\-Zsiom:-Zrionker!.
2 4 2 4
C. D=R\ ik Zvkn ket D. D=R\Z vimZvionken!.
= 2 4 2 4
Loi giai
T
—+km
, 0 x=ot
Ham sé xacdinhkhi 1> 7 ° ol 2 ez,
l—tanx=0 T
x¢Z+k7r

Vay tép xac dinh cia ham s6 14 D =R\ {%Jr kﬂ';%-l- kr,k e Z}.

.  |u =3 . . . .
Cau 24: Cho day so (u,) biét { 1 ; ,Vne N . Tim s6 hang tong quat ctia day so (u, ).
u, , =3u

n+l n

A u, =3". B.u,=n"". C.u,=3"". D.u, =3"".

Loi giai

. U
Taco u, =3 va 2L =3
u

~ A A x| =3
Suy ra day so0 (u, ) 1a cap sO nhan voi ;
q =

Dod6 u, =u,.q""' =3.3""=3"
Cau 25: Cho cap s cong co u, +u,, = 60. Tong ctia 23 s6 hang dau tién 1a

A. 1380. B. 690. C. 120. D. 180.

Loi giai
Ta co:



s, - 23(uy 1) _ 23y +uy +22d) _ 23(y +d +u +21d) _ 23(u, +uy) _ 23.60
2 2 2 2 2
Cau 26: Bon goc clia mot tir giac tao thanh cap sb nhan va goc 16n nhat gip 27 1an goc nho nhat. Tong
ctia goc 16n nhét va goc bé nhét bang
A. 56", B. 102°. C. 252°. D. 168"
Loi giai
Gia sir 4 goc 4, B, C, D theo thtr ty d6 14p thanh cip s nhan thoa yéu cau véi cong bdi ¢. Ta cd

=690.

q:
A+B+C+D=360° A(l+g+q° +q°)=360°
{D+ 27+A " @{ (3 a+a +d) e14=9" = A+D=252"
- Aq =274 D=Aq> =243
Céu 27: Trong cac gidi han sau ddy, gidi han nao bang 0?
3 2 3 2 4
A lim 22 B.lim 2 2 i poimZ
2n" —1 —2n" -4 —2n" -1 —-2n" +n

Loi giai
Theo dau hi€u ¢ da néu ¢ phan Chi y trén thi ta chon gidi han nao roi vao trudong hop « bac
tr » < « bac mau » !

. 3421 <

11m2 5 nl =400 : « bac tr» > «bacmau»va a,b, =22=4>0.
n p—

. 2n* -3 ~

hmnf=0 s «bac tr » < « bac mau ».
—2n’ -4

. 2n=3n’ ~

imZ2 =2 : «blc thr » > «bac mau » va a,b, =(-3).(-2)>0.
—2n -1 "k

. 2n*-3n* -3 3 A A x .a, -3 3

lim————=-—=—:«bactr» = «bdcmau» va 2 =—=—,
=2n"+n" -2 b, -2 2

~—— N

Chu 28: Cho lim(\/nz Fan—n

A. (2:3). B. (1;2). C. (-10). D. (0;1).

Loi gidi

a _a
/ 2
1+9+1

n

= 72 S6 thuc a thudc khoang nao sau day?

2

273612 2¢e(1;2).

Ta co lim(\/n2 +an — n) =lim

=1lim

an
Nt +an +n
. Ax+3-2
hm—

Ciu 29: Gi6ihan *>' x-1  bang

A.l. E.l. C.o0. D. 1.
2 4
Loi giai
_ x+3-2 (Vx 3—2)(Vx+3+2) . x—1 . 1 1
lim =lim =lim =lim—=

ooasl e een)(Vxk3a2) 7 (x-1) (Va3 +2) o Jx3+2 4

2
Cau30: Cho lim & FPX*6 _ | Tinh o? b2
=2 x+2
Al 11 B. 4. C. 3. D. —1.

Loi gidi



Cau 31:

Cau 32:

ax*+bx+6

Vi lim === la gii han hiru han nén a.(-2)" +b.(-2)+6=0=2a-b+3=0
=2 x4
< b=2a+3.
2 *+(2a+3)x+6 2
Co lig P HDXH6 (2a+3)x e @ H2ax+3x46
=2 x42 x>-2 x+2 x-2 x+2
+2 +3
o fim D@ ):—1<:>1im(ax+3)=—1<:>—2a+3=—1<:>a=2:>b=7.
x—>-2 x+2 x—>-2
Nén a° -bh=-3.

Cho tir dién ABCD . Goi M,N lan luot 12 trung diém cta CD va AB. Khéng dinh nao dudi

day sai?

A. (4BM)N(ACD)= 4AM . B. (4BM)\(DCN)=MN .
C. (AMN)N(ACD)= 4B. D. (ACD)N(BDC)=CD.
Loi gidi

D

Taco: Ae (AMN) m(ACD) (1)
{M SUMN) e (aMN)(4CD) (2)

M € CD < (ACD)
Tu (1) va (2) suyra (AMN)N(ACD)=AM .
Vay khang dinh C sai.
Cho hinh chép S.ABCD c6 ddy ABCD khong phai 1a hinh thang. Trén canh SC lay diém M .
Goi N la giao diém ctia dudng thang SD vé6i mit phang (AMB). Ménh dé nao sau day ding?
A. Ba duong thing 4B, CD, MN d6i mot song song.
B. Ba duong thang 4B, CD, MN d6i mot cit nhau.
C. Ba duong thang AB, CD, MN ddng quy.
D. Ba duong théng AB, CD, MN cung thudc mdt mat phéng.

Loi giai.



Cau 33:

Goi I = AD N BC. Trong mit phang (SBC), goi K = BM N SI . Trong mit phang (SAD), goi
N=AKNSD.

Khi d6 N 1a giao diém ctia duong thing SD véi mét phing (AMB).

Goi O=ABNCD. Ta co:

® Oc AB ma AB c(AMB) suyra O €(AMB).

® OcCD ma CD < (SCD) suyra 1], MN, SE .

Do d6 0 e(AMB)N(SCD). (1)

Ma (AMB)N(SCD)=MN. (2)

Tir (1) va (2), suyra O € MN . Véy ba duong thang 4B, CD, MN dong quy.

Cho tir dién ABCD. Céc diém P, Q lan luot 13 trung diém ciia AB va CD; diém R nim trén

) ) .2 . SA4
canh BC sao cho BR=2RC.Goi S la giao diém cua mp(PQOR) va canh AD. Tinh ti s0 D

AL B. 2. c. 2. D.
3 3

N | W

Loi gidi

Trong mit phang (BCD), goi I =RQONBD .
Trong (ABD), goi S=PINAD = S=ADN(PQR).
Trong mit phang (BCD), dung DE//BC = DE la dudng trung binh ciia tam gidc IBR.

= D 1a trung diém cua BI .



DF 1| DF 1 A
Trong (ABD), dung DF //AB :>—=—:>—=—:>S—=
BP 2 ~PA 2 ~SD
Céu 34: Cho hai duong thng phan biét a, b va mit phang («). Gia st al|b, b||(«). Khi d6
A. all(a). B.ac(a).

2.

C. a cit (a). D. all(e) hodc ac(a).
Loi giai
Vi b||(a)nén ton tai duong thang ¢ = (& )théa manb|lc. Ma al|b suyra allc hodc a=c.
Néu a=c thi ac(a).
Néu allc, ¢ = (a) thi all(«) hodc a =(a).
Cau 35: Cho hinh lang try ABC A'B'C" Goi I, Y, K lan luot la trong tam tam giac ABC | ACC',
AB'C’. Mt phing nao sau ddy song song véi (1JK)?
A. (BC'A). B. (AA'B). C. (BBC). D. (CC'4).
Loi gisi.

A’ C’

Do I, J, K lan luot la trong tdm tam gidc 4ABC, ACC' nén ﬂ :ﬂ zg nén IJ//MN .
AM AN 3

= 1J//(BCC'B')

Tuong tw IK//(BCC'B')
= (IJK)//(BCC'B")
Hay (LJK)//(BB'C).

II. PHAN TU LUAN (3,0 diém)

CAu 36: Mot hd nudi tdm chira 600 m* nude min véi néng d6 mudi 1 kg / m® . Cha hd nudi tém du dinh
chuyén ddi gidng mai nén bom nudc vao hd véi van toe 3m”/ phut dé 1am ngot hda nude trong
ho.

a) Viét biéu thirc C'(x) biéu thi néng do mudi trong h sau & phut k& tir khi bt ddu bom.

b) Tinh lim C (.Z‘) va giai thich y nghia cua két qua nay.

T—>+0

Loi giai



Cau 37:

Cau 38:

a) Khéi lugng mudi ¢6 trong hd nudi tém 1a: 1.600 = 600 (kzg)

Sau z phit, lugng nudc trong ho 1a: 600 + 3z (m3) :

Nong o mudi tai thoi diém & phut ké tir khi bom thém nudc ngot vao la: C'(z) = _600
600 + 3z
b) Taco: lim C(z) = lim _000_ _ 0
T—>+0 T—>+0 600 + 3£L'

Y nghia: Diéu nay c6 nghia la khi ¢ cang 16n thi ndng d6 mudi trong ho s& dan vé 0. Tic 1a dén
mot thoi diém nao d6 mudi trong hd khong con dang ké va nude trong hd coi nhu nude ngot.
Cho tir dién ABCD, M 1a mét diém bén trong tam giac 4BD, N 1a mot diém bén trong tam
gidc ACD . Tim giao tuyén cua (AMN) va (BCD)

Loi giai

Trong (ABD), goi £ =AM nBD
o e AM ma AMC(AMN):>EE(AMN)
e EcBDma BD < (BCD)= E (BCD)

= E 1a diém chung cua (AMN ) va (BCD)

Trong (ACD), goi F = AN NCD
e Fe ANma AN c (AMN)= F € (AMN)
e FeCDma CDC(BCD):FG(BCD)

= F la diém chung ctia (AMN ) va (BCD)

Vay EF la giao tuyén cia (AMN) va (BCD)
Mot qua bong golf ké tir lic duge danh dén lac cham dat di di chuyén duoc mot khoang cach

v, sin2a

d (m) theo phuong nam ngang. Biét rang d = trong do v, (m / s) 1a van tc ban dau

ctia qua bong, g(m / sz) 1a gia tdc trong truong va « 1a goc danh qua bong so v6i phuong nam



ngang. Tinh khoang cich d biét rang v0=15(m/s);g=10(m/s2) va cosa=% voi

(0Sa£45°).

Loi gidi.

Ta co: cosa:% va 0<a <45° :>sina:%:sin2a:25ina.cosa=2—:.
2 24
Khi do d:vozsin2a= 15 =108.
g 10 5

1
Vay d=%cm.

Cau 39: Cong ty A mudn thué hai manh dat dé 1am 2 nha kho, mot manh trong vongl10 nam va 1 méanh
trong vong 15 nam & hai chd khac nhau. Cong ty bat dong san C, cong ty bat dong san B déu
mudn cho thué. Hai cong ty dua ra phuong an cho thué nhu sau

Cong ty C: Nam dau tién tién thué dét 1a 60 triéu va ké tir ndm tht hai tré di mdi nam ting
thém 3 triéu dong.
Cong ty B: Tra tién theo qui, quy dau tién 1a 8 triéu ddng va tir quy tha hai trd di mdi quy ting
thém 500000 dong.
Hoi cong ty A nén lya chon thué dat ctia cong ty bat dong san nao dé chi phi 1a thap nhat biét
réng cac manh dét cho thué vé dién tich, do tién lgi déu nhu nhau?

Loi giai

Goi B,,C, lan luot 14 s6 tién cong ty A can tra theo cac tinh cta hai cong ty B va C
Theo bairataco:
B la tong 76 hang dau tién ciia mot cap sé cong voi u, =8 triéu dong d = 0,5 tridu dong.
C la téng 7 s6 hang dau tién cuia mot cap s cong voi u, =60 tricu ddng d =3triéu dong.
Do d6 : Néu thué dat cta cong ty B trong vong 15 nim = 60 quy s tién cong ty A phai tra 1a
B, = (2.8+59.0,5).30 = 1365 tri¢u ddng

Néu thué dit cua cong ty C trong vong 15 niam sb tién cong ty A phai tra 1a

C5 =(2.60+14.3).7,5=1215 triéu dong
Viy thué manh dit trong vong 15 nim cta cong ty C



Néu thué dét cia cong ty B trong vong 10 nim = 40 quy s tién cong ty A phai tra 1a

B,, =(2.8+39.0,5).20 = 710 triéu dong

Néu thué dat cua cong ty C trong vong 10 nim sd tién cong ty A phai tra 1a
C, =(2.60+9.3).4,5=661,5 triéu dong

Vay thué manh dit trong vong 10 ndm cua cong ty C.



I. PHAN TRAC NGHIEM (35 cdu — 7,0 di¢m)

PE ON TAP KIEM TRA CUOI HKI
MON: TOAN 11 - PE SO: 05

Cau 1:  Cong thirc s6 do tong quat cia goc lugng giac (OA, OM ) theo do trong hinh bén 1a

Cau 2:

Cau 3:

Cau 5:

Ciu 6:

Cau 7:

Cau 8:

Cau 9:

YA

60’

A. 60°+k2m(keZ).
C. 60°+£k360°(k€Z).

N
2y

B. 60°+k180°(k € Z)
D. —60°+k360°(k € Z).

Trong cac ham soO sau, ham so nao la ham so 1¢?

A. y=xsinx. B. y=sin’x.

Nghiém ctia phuong trinh sin x = —% la

A x=Erkom x =1 ko,
6 6

C. x=rm+k2rm; x=%+k27r.

C. y=cos3x. D. y=2xcosx.

B. x=—£+k27r; x=7—ﬂ+k27z.
) 6

D x=—F ko x=F v kom
6 6

Cho day s6 (u,) v6i u, =5"". Tim s hang u,_, .

Aou, =5 B.u, =5".
Cho cép s6 nhan (u,) c6 ™1~ Lo =4 4
A. 16 B. 4.
, . . n+n+5
Tinh gi¢i han L =lim————.
2n” +1
AL=2 B. L=t
2
/4 . . . I’l3 -2n .
Keét qua cua gidi han lim W la:
-3n
1
A ——. B. +oo.
3
3/
Tim giéi han D = limM.
x—1 x_2
A. 400, B. 3.

x+1

Gi61 han lim bang

H‘z(x + 2)2

Uy 1.3
i bang

C.u,_ =55"". D.u,_ =55".
C.7. D. 5.
C. L=2. D. L=1
C. —© D. 2
3
C. -0 D. -2



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

3

A. —00. B. —. C.0 D. 4o
16
x=2
—— khi x#2
Cho ham s6 f (x)=1vx+2-2 . Chon ménh dé dung?
4 khi x=2
A. Ham s lién tuc tai x=2. B. Ham s6 gian doan tai x=2.
C. f(4)=2. D. lim £ (x)=2.

x—2

Trong cac ham so6 sau, ham s0 nao lién tuc trén R ?

2
A. f(x)=+x-5. B. f(x)= x2+5 : C. f(x)=cotx+3. D. f(x)zx 3
x +4 2—x
Ham s y = f(x) co do thi dudi ddy gian doan tai diém nao?
AY
3 7
|
I
|
11 A
ol12 =
A. x=0. B. x=1. C.x=2. D. x=3.
Trong mit phang (a) ,cho 3 diém 4, B, C khong thang hang. Piém S khéng thudc mit phing

(@). C6 miy mit phang tao boi S va 2 trong 3 diém ndi trén?

A. 4. B. 3. C.2. D. 1.

Cho tir dién ABCD. Goi M, N lan luot 1a trung diém 4B va CD.Mit phing («) di qua MN
,cat AD, BC lan luot tai P va 0. Biét MP cit NQ tai I .Ba diém nao sau day th'fmg hang?
A. 1,4,C. B. I,B,D. C.1,4,B. D. I,D,C.

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi d 1a giao tuyén ciia hai mit
phang (SAD) va (SBC). Khang dinh nao sau ddy ding?

A. d qua S vasong song voi BC. B. d qua S vasong song voi DC .

C. d qua S vasong song v4i 4B . D. d qua S vasong song voi BD.

Cho duong thang a song song véi mét phang (). Mit phang (3) chita a va cdt mat phing (a)

theo giao tuyén o . Két luan nao sau ddy dung?

A. a va d citnhau. B. a va d trung nhau. C. a va d chéo nhau. D. a va d song song.
Cho hinh chép S.4BCD c6 day ABCD la hinh binh hanh. Ménh dé nao sau ddy 1a dung:

A. SA//(SBC). B. CD//(SAD). C. SB//(ACD). D. AB//(SCD).

Cho hinh hop ABCD.A'B'C'D' . Mit phang (AB'D') song song v&i mat phang nao trong cac mat
phang sau day?

A. (BC4A). B. (BC'D). C.(4'CC). D. (BDA').

Trong cac ménh dé sau, ménh dé nao sai?

A. Hinh ling tru c¢6 cc canh bén song song va bang nhau.

B. Hai mit day cta hinh ling tru nam trén hai mit phang song song.
C. Hai d4y cua lang try 12 hai da giac déu.



Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

D. Cac mat bén cua lang tru 1a cac hinh binh hanh.

Ta chi xét phép chiéu song song ma cac doan thing hay duong thang khong song song hoic tring
v6i phuong chiéu. Mot tam gidc déu ma mat phang chira tam giac khong song song véi phuong
chiéu, ¢6 hinh chiéu 1a:

A. Mot diém. B. Mot doan théng. C. Mot tam giac. D. Mét tam gidc déu.

Cho tana =2 . Tinh tan(a—%j.

A. —l. B. 1. C.z. D.l.
3 3 3

Trong cac khang dinh sau, khing dinh nao sai?
A. cos3x+cosx=2c0S2x.COSXx. B. cos3x—cosx=2sin2x.sinx.
C. sin3x—sinx=2cos2x.sinx. D. sin3x+sinx =2sin2x.cos x.
Tim chu ki T’ ctia ham s6 y = 5cos E%— 3xj .
AT=Z. B.7-% c.r=-%~. p.7=2%

7 5 3 5

u, =lLu, =2

Cho day s6 (u, ) biét { .. Tim tt ¢4 cac gia tri clia a dé (u, ) ting?

u,,=au,, +(1-a)u, VvneN

A. a>0. B. O0<a<l. C.ax<l. D. a>1.

Mot gia dinh can khoan mot cai giéng dé 1y nudc. Ho thué mot doi khoan giéng nudc dén dé
khoan giéng nudc. Biét gia cia mét khoan dau tién 14 80.000 dong, ké tir mét khoan thir 2 gia cta
mdi mét khoan ting thém 5000 dong so vdi gia ctia mét khoan trude d6. Biét can phai khoan sau
xudng 50m méi c6 nude. Vay hoi phai tra bao nhiéu tién dé khoan cai giéng d6?

A. 5.2500.000 dong.  B. 10.125.000 ddng.  C.4.000.000 dong.  D. 4.245.000 dong.
Theo udc tinh, ké tir luc m&i mua, cit sau mdi 200 1an sac thi pin cua di¢n thoai Iphone s€ giam
5% so voi chu ky 200 lan sac trude d6. Hoi sau 1200 lan sac thi pin cua dién thoai Iphone con
lai bao nhiéu phan trim so véi lac méi mua?

A. 75%. B. 73,51%. C. 77,38%. D. 70%.

L . L. 2nt—n+4 4
Gia tri ctia tham s6 a dé lim———=—1a
an"+n+3 3

A.azg B.a:g. C.azi. D.a=6
3 3 2

n_ 2n

Két qua cua lim————— bin
q 2n+1+5n+5 g
A. —0, B. +oo. C.2 D. %
Gia tri cua gidi han lim (\/ 4x% + x +2x) la:
X—>—00
1
A. 0. B. +©. C. 7 D. -,
_— 3 r 14
Cho limYXF3=V5¥H3 @ i @ 15 ohan s6 t6i gian. Tinh > +5?
-l x"=3x+2 b b

A 11. B. 4. C.7. D. 5.



Céu 31: Cho tir dién ABCD. Goi G 1a trong tim cua tam gidc ACD . Giao diém cia dudng thing CD
va mit phang (4BG) 1a

A. diém M 1a trung diém cua CD. B. diém C.
C.diém D. D. diémG .
Cau 32: Cho hinh chép S.4BCD c6 day la hinh thang ABCD AD//BC . Goi I la giao diém cia AB
va DC, M latrung diém SC. DM cdt mit phang (S4B) tai J . Khang dinh nao sau déy sai
A. S, I, J thanghang. B. DM c mp(SCI). C.JM cmp(SAB). D. SI=(S4B)n(SCD).
Cau 33: Cho tirdién ABCD.Liybadiém P, Q, R lan lugt trén bacanh 4B, CD, BC sao cho PR//AC
va CQ=20D. Goi giao diém ciia duong thang 4D va mit phang (POR) la S. Khang dinh
nao dudi day la dung?
A. AS=3DS . B. AD=3DS. C. AD=2DS. D. AS=DS.
Céu 34: Cho hinh chop tir gidc S.ABCD. Goi P va Q lan luot 1a trung diém cua SA va SC. Khang
dinh nao sau day dung?

S
P
A D
&
B
A. PQ// (ABCD) B. PO// (SAB) C. PQ// (SCD) D. PO// (SBC)

Céu 35: Cho hinh chép S.ABCD. Goi M la diém di dong trén doan 4B. Qua M V& mit phing (a)
song song v6i (SBC). Thiét dién tao béi () va hinh chép S.ABCD 14 hinh gi?

A. Hinh tam giac. B. Hinh binh hanh. C. Hinh vudng. D. Hinh thang.
II. PHAN TU LUAN (3,0 di¢m)



Cau 36:

Cau 37:

Cau 38:

Cau 39:

x> +ax+b oo
Goi a,b la cac gia trj € ham s f(x)=1 -1 ° c6 gi6i han hitu han khi x dan t6i
x+1L,x>-1
—1.Tinh a-b.
Cho t&t dién ABCD, M 1a mdt diém bén trong tam giac ABD, N 1a mot diém bén trong tam
gidc ACD . Tim giao tuyén ciia (DMN) va (ABC)
C6 hai chung cu cao ting xay canh nhau v6i khoang cach gitra chung 1a HK = 20 m. Dé dam bao
an ninh, trén no6c chung cu thir hai nguoi ta lép camera & vitri C. Goi A, B lan luot 13 vi tri
thip nhat, cao nhét trén chung cu thir nhit ma camera c6 thé quan sat duoc Hay tinh sé do goc
tan ACB (pham vi camera c6 thé quan sat dugc & chung cu thir nhat). Biét rang chiéu cao cua
chung cu hai chung cu 1an luot 1a BH = 24 m, CK = 32 m va khoang cach tir A dén mit dét 1a
AH=6m.

{.
B
2
l
A
e — e ——
H K

Vao nam 2020, dan s6 cia mot qudc gia 1a khoang 97 triéu ngudi va toc do ting trudng dan sd
12 0,91% . Néu toc do ting truong dan sb nay duoc gilt nguyén hing niam, hiy udc tinh dan sd

ctia quéc gia d6 vao nam 2030.



HUONG DAN GIAI CHI TIET
I. PHAN TRAC NGHIEM (35 cdu — 7,0 diém)
Cau 1:  Cong thirc s6 do tong quat ctia goc lugng gidc (OA, OM ) theo d6 trong hinh bén la

VA
M
60’
A x
A. 60°+k2m(ke€Z). B. 60°+k180°(k € Z)
C. 60°+k360°(k € Z). D. —60°+k360°(k € Z).
Loi giai
Cau2: Trong cac ham sd sau, ham s6 nao 1a ham sb 187
A. y=xsinx. B. y=sin’x. C. y=cos3x. D. y=2xcosx.

Loi giai
Xét y=2xcos2x c6 tap xac dinh D =R thoaman Vxe D= -xeD
Tacé y(—x)=2.(-x)cos(-2x)=-2x.cos2x =—y(x).

Viy y =2xcos2x lam ham s 1é.

Cau 3: Nghiém cua phuong trinh sinx = —% la

A. x:£+k27r;x:7—ﬂ+k27r. B. x=—£+k27r;x=7—7r+k27r.
6 6 - 6 6
C.x:ﬂ+k2ﬂ;x:%+k27r. D.x=—%+k2ﬂ;x:%[+k2ﬂ.
Loi giai
i x:—£+k27r x=—£+k27r
Ta ¢6: sinx = —— <> sinx =sin| -2~ | < 6 < (keZ)
2 6 7

x:7r+£+k27r x=—+k2rx
6 6

7
Vay phuong trinh ¢6 nghiém la x = —% +k2m; x= ?ﬂ + k2.

Cau4: Cho day sd (u,) v6i u, =5"". Tim s6 hang u, ,.
Aou,  =5" B.u  =5". C.u, =55"". D.u, =55"
Loi gidi
Tacou,  =5"""=5"

u =lu,=4 thi

Cau5:  Cho cap s6 nhan (un) co i %5 bang

A. 16 B. 4. C. 7. D. 5.
Loi giai



U
Taco: ¢=—=2=4=u, =16
U
1
2
Lﬂim%"”-
Cau 6: Tinh giéi han 2n" +1
A.L:i. E.L:l. C. L=2. D. L=1
2 2
Loi giai
1+ ! + >
2 oty
Tacé L =lim” +2n+5:1im n_n _1
2n° +1 2+L 2
nZ
2 2
Giai nhanh: " +2n+5~ n2 =l.
2n +1 2n 2
. . . n=2n
Cau 7: Két qua cia gioi han hm1 7 la:
-3n
A -1 B. +o0 C. —» D. 2.
3 3
Loi giai
2
(2] 2
i > =lim n =limn n_ Tacod
- 2(1—3) 13
n’ :
lim#z = +oo
2
-2 n - '
. 2 1 ——im ~=limn.—% =
lim =——<0 -3n 1 3
1 3 3 =
R n
n
3 3
-2 1
Giai nhanh : " ?~ " S=——hn——>—®0,
1-3n -3n 3
. ATx+1+1
D=lim————
Cau 8: Tim gidi han x>l x—2
A. +0. B.=3. C. —o0. D. -2
Loi giai
. . ATx+1+1 J7.01+41+1
Taco: D=1lim = =-3
-l x=2 1-2
) x+1
lim
. H‘Z(x+2)2 S
Cau 9: Gioi han bang
A. —00. i C.0. D. +o.
16
Loi giai
Tacod: lim +12 = im;z.(x+l)=—oo.Do lim =+o0 va lim (x+1)=-1<0.
x—>-2 (x+2) x—>-2 (x+2) x—>-2 (X+2) x—>—2



Cau 10:

Cau 11:

Cau 12:

Cau 13:

_ 72 i xe2
Cho ham s6 f (x) = Jx+2-2 . Chon ménh dé dung?
4 khi x=2
A. Ham s lién tyc tai x=2. B. Ham s6 gian doan tai x=2.
C. f(4)=2. D. lim / (x)=2.
Loi giai

Téap xac dinh: D=R

. -2 -2 Vx+2+2 .
iy )=l 22 i (572) g
(2)-4

= lim / (x) = £ (2)
Vay ham s6 lién tuc tai x=2.
Trong cac ham s6 sau, ham s nao lién tuc trén R ?

A. f(x)=x-5. 5.-

2
C. f(x)=cotx+3.  D. f(x)=212
2—x
Loi giai
Ham 56 f (x) == 1a ham phan thite hir ti vé c6 TXP la D =R do o ham sb
X+
x+5 ..
xX)= lién tuc trén R.
/() x> +4 '
Ham s6 y = f(x) c6 dd thi dudi day gian doan tai diém nao?
My
3 -
/
1
|
j 5
ol12 =
A. x=0. B.lx=1. C.x=2 D. x=3.
Loi giai

Quan sat do thi ta thay lim f(x) =3; lim / (x) = 0.

Vay lim /(x) =3 lim f(x) = 0nén lim f(x) khong ton tai. Do d6 ham s gian doan tai x =1.
Trong mit phang (a) ,cho 3 diém 4, B, C khong thang hang. Piém S khéng thudc mit phing
(@). C6 miy mit phang tao boi S va 2 trong 3 diém ndi trén?

A 4. B.3. C.2. D. 1.
Loi giai
Cac mit phang tao dugc 1a (S4B), (SBC), (SAC).



Cau 14:

Cau 15:

Cau 16:

Cho tir dién 4BCD. Goi M, N lan lugt 14 trung diém 4B va CD.Mit phang («) di qua MN
,cat AD, BC lan luot tai P va 0. Biét MP cit NQ tai I .Ba diém nao sau day th'fmg hang?
A. 1,4,C. B. I,B,D. C.1,4,B. D. I,D,C.

Loi giai

M e(ax)N(ABD)
Pe(a)n(A4BD)
hay MP 1a giao tuyén ctia (&) va;

} — MP = (a) " (ABD)

Tuong tu ta tim duogc:
NO la giao tuyén cta (@) va (BCD); BD la giao tuyén cia (BCD) va (ABD); Theo dinh li

vé giao tuyén ctia ba mit phing, ta suy ra MP, NO, BD hoic d6i mot song song hodc dong

quy.
Mit khac, MP cit NQ tai Inén I,B,D thang hang.
Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi d 1a giao tuyén ciia hai mit

phang (SAD) va (SBC). Khang dinh nao sau ddy ding?

A. d qua S vasongsong véi BC. B. d qua S vasong song voi DC .
C. d qua S vasongsong véi AB. D. d qua S vasong song voi BD.
Loi giai

(S4D)N(SBC)=S
Ta c6 ¢ AD < (S4D),BC < (SBC) —— (SAD)N(SBC)=Sx /| AD | BC.
AD /| BC
Cho duong thang a song song véi mét phang (). Mit phang (3) chita a va cdt mat phing (a)

theo giao tuyén o . Két luan nao sau diy dung?
A. a va d citnhau. B. a va d trung nhau. C. a va d chéo nhau. D. @ va d song song.



Cau 17:

Cau 18:

Cau 19:

Loi giai

d =(a)n(0)
Tacéac(ﬁ) =d//a.
a/ /(a)
Cho hinh chép S.4BCD c6 day ABCD la hinh binh hanh. Ménh dé nao sau ddy 1a dung:
A. SA//(SBC). B. CD//(SAD). C. SB//(ACD). D. AB//(SCD).
Loi giai
Vi AB//DC ,lai c6 AB ¢ (SCD) va DC — (SCD) nén AB//(SCD).
Vay dap an D dung.

o

Cho hinh hép ABCD.A'B'C'D’ . Mit phang (AB'D') song song v6i mat phang nio trong cac mit

phang sau day?
A. (BCA'). B. (BC'D). C. (4'CC). D. (BD4').
Loi giai
4 D
; c
PN A
| Lt >/

Do ADC'B' 1a hinh binh hanh nén AB'//DC', va ABC'D' 1a hinh binh hanh nén AD'//BC" nén
(AB'D')//(BC'D) .
Trong cac ménh dé sau, ménh dé nao sai?
A. Hinh ling tru c6 cc canh bén song song va bang nhau.
B. Hai mit dy cua hinh ldng try ndm trén hai mat phang song song.
C. Hai day cua lang tru 13 hai da giac déu.
D. Cac mdt bén cua lang tru la cac hinh binh hanh.
Loi giai
Xét hinh lang try c6 day 1a mot da giac (tam giac, tir giac,... ), ta thiy rang
Hinh lang tru ludn ¢ cac canh bén song song va bang nhau.
Hai mit day cua hinh ling try nam trén hai mit phang song song.
Hai day cta lang tru 14 hai da giac bang nhau (tam giac, tir giac,... )



Cac mat bén cua lang tru 1a cac hinh binh hanh vi c6 hai canh la hai canh bén cua hinh lang tru,
hai canh con lai thudc hai day song song.

Cau 20: Ta chi xét phép chiéu song song ma cac doan thang hay duong thang khong song song hodc tring
v6i phuong chiéu. Mot tam gidc déu ma mat phang chira tam giac khong song song véi phuong
chiéu, ¢6 hinh chiéu 1a:

A. Mot diém. B. Mot doan théng. C. Mot tam gidc. D. Mét tam gidc déu.
Loi giai

Cau 21: Cho tana =2. Tinh tan(a—%).

A. —l. B. 1. C.z. Q.l.
3 3 3
Loi giai
Vs
tan o —tan —
2-1 1
Ta co tan(a—£j= 4 _ =—.
1+tanatan% 1+2 3
Céu 22: Trong cac khang dinh sau, khang dinh nao sai?
A. cos3x+cosx =2c0s2x.CoSXx. B. cos3x—cosx =2sin2x.sinx.
C. sin3x—sinx =2cos2x.sinx. D. sin3x+sinx =2sin2x.cosx.
Loi giai
cos3x—cosx =—2sin2x.sin x
Suy ra B sai.
Cau23: Timchuki 7 ciia hamsé y = 5cos(§—3xj .
AT==. B.7=". c.lie= p.7=-2%,
7 5 3 5
Loi giai
. 5 ) 2
Hamso y = Acos(ax+b) tuan hoan véichuki T = ﬁ
a

. . 3 2
Ap dung: Him s6 y =5 cos(% —3x] tuan hoan voi chu ki 7 = ?ﬂ .

, . fu,=Lu,=2 , o ,
Cau 24: Cho diysé (u,) biét { ? , . Tim tét ca cac gia tr ctia a d¢ (u, ) ting?
u,,=au, +(1-a)u, YvneN
A. a>0. B. 0<ax<l. C.ax<l. D.a>1.
Loi giai

Xéthiéu u,,, —u,,, =au,, +(1-a)u, —u,, =(a—1)(u,, —u,)
= uy—u, =(a—1)(u, —u,)=(a—1)

=u,—u, =(a—l)(u3 —u2)=(a—1)2

=u,, —u,=(a —1)”71 >0
Dé day sb (u,) ting suyra a>1.

Céu 25: Mot gia dinh can khoan mét cai giéng dé 14y nudc. Ho thué mot doi khoan giéng nudc dén dé
khoan giéng nuéc. Biét gia ctia mét khoan dau tién 1a 80.000 dong, ké tir mét khoan thu 2 gia cua



Cau 26:

Cau 27:

Cau 28:

Cau 29:

mdi mét khoan ting thém 5000 dong so voi gia ctia mét khoan trude do. Biét can phai khoan sau
xubng 50m méi co nudc. Vay hoi phai tra bao nhiéu tién dé khoan cai giéng d6?
A.5.2500.000 ddng.  B.[10:125.000'd6ng. C.4.000.000 ddng.  D. 4.245.000 dong.

Loi giai
Gi4 tién khoang mdi mét lap thanh cip sb cong (un) co u, =80000,d =5000. Do can khoang 50
mét nén tong sb tién can tra 1a
U, +uy +-+ug, =S5 =50, +¥d =50.80000+1225.5000 =10125000
Theo udc tinh, ké tir lac m&i mua, cir sau mdi 200 14n sac thi pin cta dién thoai Iphone s& giam
5% so véi chu ky 200 14n sac trude d6. Hoi sau 1200 1an sac thi pin cua dién thoai Iphone con
lai bao nhiéu phén trim so v&i lic méi mua?
A. 75%. B. 73,51%. C. 77,38%. D. 70%.

Loi giai
Dung luong pin sau mdi 200 lan sac ké tir lic m&i mua l4p thanh cép sb nhan c6 cong boi
g =0,95 va s6 hang dau u, =100% .
Dung luong pin cta dién thoai Ipjone sau 1200 lan sac con lai so véi laic méi mua 1a
u, =u,.q° =100%.(0,95)" ~73,51%.

2 -n+4 4

Gia tri ciia tham s a dé Iim———=—1a
an+n+3 3
A.azg B.a:g. Q.azz. D.a=6
3 3 2
Loi giai:
1 4
I R e g .2 4 3
Ta co: lim—; =lim =—. Theo gid thiét: —=—<a=—.
an”+n+3 3 a4 a 3 2
a+—+—
n o n
n_ 2n
Két qua cua lim————— ban
q 2n+1+5n+5 g
A. —oo, B. +oo. C.2 D. %
Loi giai
n 2n n n é _25”
, .. 3"=25 . 3"=225 . \5
Taco lim—————=1im s—-=lim = —00.
2 5" 22" +5.5" 2\ s
2.0 = | +5
Gié trj ciia giGi han lim (\/4x2 Fx+ Zx) la:
X—>—0
1
A. 0. B. +o. C. - D. —o.

Loi giai
Tacéd lim (\/4x2+x+2x)= lim N S lim ;:_%

X—>—00 X—>—00 2 X—>—0
- TTNAx T+ x-2x 7 _[4+1_2
x



Cau 30:

Cau 31:

Nx+3-35x+3 a a

Cho lim ==, v6i = 1a phan sb toi gian. Tinh > +5b?
=l x"—=3x+4+2 b b
A. 11. B. 4. C. B D. 5.
Loi giai

. Nx+3-R5x+3 . Ax+3-2+2-35x+3 . Nx+3-2 .. IY5x+3-2
lim 5 =lim > =lim—; —lim—;
ol x"=3x+2 x>l x —3x+2 ol x"=3x+2 1 x"—3x+2

. x—1 . 5(x—1)
=lim —lim

= (x=1)(x=2)(Vx+3+2) ”‘(x—l)(x—z)(3(5x+3)2+22/5x+3+4)
=lim ! —lim > =l.:>a2+b=12+6=7.

~(x=2)(Vx+3+2) Hl(x—2)(3(5x+3)2+2\3/5x+3+4)
Cho tt dién ABCD. Goi G 1 trong tdm cua tam gidc ACD . Giao diém cua dudng thing CD

va mit phang (4BG) 1a

C

A. diém M 1a trung diém cta CD. B. diémC.
C. diém D. D. diémG .

Loi giai

Trong mit phang (ACD), goi M 1a giao diém ctia AG va CD.
Do G la trong tdm ciia tam giac ACD nén M 1a trung diém cua CD .
Ta co:
{M eCD

M e 4G c (4BG) = (ABG)NCD={M}.



Cau 32:

Cau 33:

Cho hinh chép S.4BCD c¢6 day 1a hinh thang ABCD AD//BC . Goi I la giao diém cia AB
va DC, M latrung diém SC. DM cdt mit phang (S4B) tai J . Khang dinh nao sau déy sai
A. S, I, J thang hang. B. DM < mp(SCI).

C.JM cmp(SAB), D. SI=(SAB)(SCD).
Loi giai

N

1§, I, J thing hang vi ba diém cing thudc hai mp SAB Va SCD) nén A dang.
O MeSC=>Me (SCI) nén DM c mp(SCI)vay B dang.

1 M ¢(SAB)nén JM & mp(SAB) véy C sai.

') Hién nhién D dung theo giai thich. A.
Cho tr dién ABCD . Lay ba diém P, O, R 1an luot trén ba canh 4B, CD, BC sao cho PR//AC

va CQ=20D . Goi giao diém ciia duong thang 4D va mit phang (PQR) la S. Khang dinh

nao duoi day la ding?
A. AS=3DS. B. AD=3DS. C. AD=2DS. D. AS=DS.
Loi gidi

O e(POR)N(ACD)

Ta co: § PR < (PRQ); AC =(ACD) = (PQOR)N(ACD)=Qx v6i Ox//PR//AC
PR//AC

Goi S =0xNAD= S =(POR)NAD



Cau 34:

Cau 35:

Cau 36:

Xét tam gidc ACD c6 QS//AC

Ta co: S—D:Q—D:% = AD =35D.

Cho hinh chép tir gidc S.ABCD. Goi P va Q lan luot 1a trung diém cua SA va SC. Khdng
dinh nao sau ddy dung?

P
4 D
c
B
A. PQ// (ABCD) B. PO// (SAB) C. PQ// (SCD) D. PQ// (SBC)
Loi giai

PQ 14 duong trung binh cua ASAC nén PQ// AC

PQ// AC
Taco AC C(ABCD); = PQ// (ABCD).

PQ ¢ (ABCD)

Cho hinh chép S.ABCD . Goi M 1a diém di dong trén doan AB. Qua M v& mit phing (a)
song song v6i (SBC). Thiét dién tao béi () va hinh chép S.ABCD 14 hinh gi?
A. Hinh tam giac. B. Hinh binh hanh. C. Hinh vudng. D. Hinh thang.

Loi giai
Lan luot léy cac diém N, P, O thugc cac canh CD, SD, SA4
théa man MN J/ BC, NP J/ SC
PQ /| AD . Suy ra (MNPQ) J/ (SBC) va (a)=(MNPQ).
Theo cach dung trén thi PQ // MN .
Vi (MNPQ)//(SBC) nén MQ/ SB va NP//SC ma
SCASB=S8 nén MQ cit NP.

Do vy thiét dién 1a hinh thang.
II. PHAN TU LUAN (3,0 diém)

X’ +ax+b oo
Goi a,b la cac gia trj d€ham s f(x)=1 -1 ° c6 gidi han hiru han khi x dan t6i
x+1L,x>-1
—1.Tinh a-b.
Loi gidi

Do ham s f (x) c6 gidi han hiru han khi x dan t6i —1 nén x =—1 1a nghiém cuia phuong

trinh x> +ax+b=0,dodota l-a+b=0=b=a-1.



x=1+a
Ta viét lai ham s6 f(x)={ x-1
x+1Lx>-1

,x<—1

Mait khac gioi han can tim ton tai
& lim f(x)=lim f(x) o220 a=2=b=1.
x—>—1 x—>—1" -2
Dodo a-b=1.
Cau 37: Cho tir dién ABCD, M 1a mét diém bén trong tam giac ABD, N 1a mot diém bén trong tam
gidc ACD . Tim giao tuyén ciia (DMN) va (ABC)

Loi giai

C

Trong (ABD), goi P=DM N AB
e Pe DM ma DM —(DMN)= P (DMN)
e Pe ABma ABC(ABC):PE(ABC)

—> P 14 diém chung cin (DMN) va (45C)

Trong (ACD), g0i Q=DN N AC
e Qe DNma DN c(DMN)= Qe (DMN)
e Qe ACma AC c(ABC)= Qe (4BC)

= O la diém chung ciia (DMN ) va (ABC)

Vay PQ la giao tuyén ciia (DMN) va (4BC)

Céu 38: C6 hai chung cu cao ting x4y canh nhau v6i khoang cach giita chung 1a HK = 20 m. Pé dam bao
an ninh, trén nodc chung cu thur hai nguoi ta lép camera 6 vitri C. Goi A, B 1an luot 13 vi tri
thap nhat, cao nhét trén chung cu thir nhat ma camera c6 thé quan sat dugc Hay tinh s6 do goc
tan ACB (pham vi camera c6 thé quan sat duoc & chung cu thir nhat). Biét rang chiéu cao cua
chung cu hai chung cu 1an luot 1a BH = 24 m, CK = 32 m va khoang cach tir A dén mat dit 1a
AH=6m.



Cau 39:

B
2
l
A
e — S
H K
Loi giai
Ké AM 1 CK, BN 1 CK (hinh v@) ta co:
(
B m
| 2
—Lu

BN =AM = HK =20 (m);
CN=CK-NK=CK-BH=32-24=8 (m);
MN=AB=BH-AH=24-6=18 (m);
CM=CN+MN=8+18=26 (m).

Dit BCN =a, ACM = j.

B 2
Xét ABCN vudng tai N co: tana :—N:_Ozg;
CN 8 2
AM 20 10
Xét AACM vudng tai M ¢6: tanff=——=—=—,
CM 26 13

Ta ¢6: tan ACB = tan(ﬁ\f—m) =tan (- j3)

5 10
tana—tanf o 13 _ 45
1+ tanartanf 14210 76
2 13
Vao nam 2020, dan s6 cia mot qudc gia 1a khoang 97 triéu ngudi va toc do ting truong dan sd

= tanA/@ =

12 0,91% . Néu tdc do ting truong dan sb nay duoc gilt nguyén hing nim, hiy udc tinh dan sd
ctia quéc gia d6 vao nam 2030.

Loi gidi
Gia st dan so cua quoc gia d6 1a N. Vi toc do tang truong dan so 1a 0,91% nén sau mot ndm, so
dan tang thém 1a 0,91%.N .
Vay dan s6 cua qudc gia d6 vao nam sau 1a: N +0,91%.N =100,91%.N =1,0091N .
Nhu vay, dan sd cia qudc gia d6 sau mdi nam 1ap thanh mot cip sb nhan v6i s6 hang dau u =N
va cong boi g =1,0091.

Theo bai ra ta c6: u, =97 ung v6i ndm 2020.



Ta c6: 2030—-2020=10.

Dan sb ctia qudc gia d6 vao nam 2030 chinh 1a dan sé cua quéc gia sau 10 nim ké tir ndm 2020,
Gng v6i u,, va u,, =u,.q" =97.1,0091" 2 106,2 tri¢u ngudi.

Viy néu tdc d6 ting truong dan sd duge giit nguyén hang nam thi dan sé cia quéc gia d6 vao
nam 2030 x4p xi khoang 106,2 triéu nguoi.



PE ON TAP KIEM TRA CUOI HKI
MON: TOAN 11 - BE SO: 06

I. PHAN TRAC NGHIEM (35 cdu — 7,0 di¢m)
Cau 1: S do theo d6 cua goc 3?ﬁmd la

A. 72°. B. —72° C. 108°. D. 300°.
Ciu 2: Ham sb nao sau day 1a ham sb tuan hoan véi chu ky bang 27 ?
A. y=sin2x. B. y=sinx. C.y=tanx. D. y=cotx.

NG

Cau 3: Nghiém cua phuong trinh cot (x + %) = 5 la

A x=kr,(keZ). B. x=—%+k2ﬂ,(keZ).
C. x=—%+kﬂ,(keZ). D. x=k2r,(keZ).
Cau4: Cho diy sd (u,)biét u, =2n* +3n+1. Ménh d& nao sau day ding?
A. Diy s6 ting B. Diy sb giam
C. Diy sb khong tang, khong giam D. Diy sb vira ting vira giam
Cau5: Cho diy sb (un) 1a cAp sb nhan co6 s6 hang dau u, va cong boi q. Ping thic nao sau dy sai?
A u,,=uq(n=1). B.u, =ugq"" (n>2).
C.u,=uq"(n>2). D.u’ =u_u, (k>2).
. . . 2n+3n’
Cau6:  Két qua ciia gi6i han lim———— 1a
4n” +2n+1
A. i B. +oo. C. 1. D. é
4 7
Cau7: Gi6ihan lim(3"-7") bing
7
A. —o0. B. 1. C.g. D. +o0.
2 —
Ciu8: G tri ciia gi6i han lim —“3”‘+11x a
X—>— X —
A -2, B. L. c. -1 D. 2.
2 2 2 2
2
Cu9: Tinh lim® 12X ¥33%
x5 25-5x
A. —z. B. +o0. C. z D. —o©
5 5
Cau 10: Hamsb y= Ll gian doan tai diém X, bang?
X+
A. x,=2023. B. x,=1. C.x,=0 D. x,=-1.
x—1
——khix =1 .
Cau1l: Cho f(x)=4x-1 = . Khang dinh nao sau day dung.
1 khix=1

A. Ham s6 lién tuc tai x=1.



Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

B. Ham s lién tuc tai moi diém trén tap xac dinh nhung gian doan tai diém x =1.
C. Ham sb khong lién tuc tai x =1.
D. Tét ca déu sai.

Cho ham s6 f(x) = x—3 . Tim tt ca cac gia tri thyc ciia m dé ham s lién

tuc tai diém x =3.

A.m=2. B. meRR. C. m=1. D. m=-1.

Trong cac ménh dé sau day, m¢nh dé nao sai?

A. Hai mit phang c6 mot diém chung thi ching c6 v6 s diém chung khac nira.

B. Hai miat phang c6 mot diém chung thi chiing c6 mot duong thang chung duy nht.

C. Hai mit phang phan biét c6 mot diém chung thi chiing c6 mot dudng thang chung duy nhét.
D. Hai miat phang cing di qua 3 diém 4, B, C khong thang hang thi hai mat phang d6 tring nhau

Cho hinh chép S.4BCD c¢6 ddy ABCD 1a hinh thang c6 day 16n AB. Goi M 1a trung diém cia
SC . Giao diém ciia BC v6i mp(ADM ) la:

A. giao diém ciia BC va AM . B. giao diém ctua BC va SD.

C. giao diém ctia BC va AD. D. giao diém ciia BC va DM .

Cho tar di¢n ABCD. Goi I va J theo thir tu 1a trung diém ciia 4D va AC, G la trong tam tam
gidc BCD. Giao tuyén ctia hai mit phing (GIJ) va (BCD)1a duong thang:

A. qua [ va song song voi AB. B. qua J va song song vdi BD.

C. qua G vasong song voi CD. D. qua G va song song voi BC.

Cho hai mt phang song song () va (), duong thang a//(a). C6 bao nhiéu vi tri twong ddi
cua a va (f3)?

Al 1. B. 2. C.3. D. 4.

Cho hinh chop S.ABCD c6 day ABCD 1a hinh binh hanh. Goi 4’, B’ 1an luot 1a trung diém cua
SA,SB . Puong thing A’ B' song song v6i mit phang nao dudi day?

A. (84B). B. (4BCD). C. (84D). D. (SBC).

Cho hinh hop ABCD.A'B'C'D' . Miit phing ( ABA') song

song voi
A. (44'C). B. (CC'D').
C. (4DD"). D. (BB'A').

Cho hinh hop ABCD.A,B,C,D,. Khang dinh nao dudi day
la sai?

A. ABCD 1a hinh binh hanh.

B. Céc duong thang AC, AC,, DB,, D,B dong quy.

C. (4DD,4,)//(BCC,B,).



Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

D. AD,CB 1a hinh chir nhat.

Cho hinh chép S.ABCD c6 day ABCD la hinh thang vuong tai 4 va B, SA L (ABCD),
AD =2a, AB = BC = a . Hinh chiéu song song cta diém C theo phuong 4B 1én mit phang
(SAD) 1a diém nao sau day?

A. S. B. Trung diém ctia 4D .

C. 4. D. D.

V61 moi a thi cos(%z+a) bang

A. —sina . B. —cosa. C. cosa. D. sina .
o 7o 3 . ‘
Cho a,b thod man sina =Tva sinb =T. Gia tri cua sin(a +b)sin(a—>b) 1a
AL B. L. c. -1, D. 1.
2 2 4 4
Tap xac dinh ctia ham s6 y:‘/ 2023 la
I —cosx
A. D=R\{k27r,keZ} B. D:R\{kﬂ,keZ}
C. D=R\{2023+ k27, k e Z} D. D:R\{%+k2ﬁ,keZ}
Cho da A'( )b"t =3 Tim tit ca cc gia tri cu dé (u )ting?
o dayso (u,) bie . Tim tat ca cac gia tri cua a d€ (u,) tang?
Y ! u,,=2au,+3Vnx1 s ) Ane
A.a>0. B. a<0. C.a<0. D.a<l1.
Cho cip s6 cong co u, +u,, =60. S6 hang thir 12 1a
A. 22. B. 20. C. 60. D. 30.

Dién tich ring tu nhién ctia nudc ta nam 2021 1a x4p xi 10171757ha . Gia st ti 16 tang dién tich
rung ty nhién hang ndm ké tir ndm 2021 14 0,7%/nam. Dién tich rung ty nhién cua nudc ta vao
nam 2025 x4p xi bang

A. 10386863 ha . B. 10532788ha. C.10468251ha. D. 10459571ha..

Cho a,b 1a céac sb thuc thoa man lim(\/n2 +an+2 —\/n2 +bn +1) =1. Khang dinh nao sau ddy

ding?
A.a+b=2. B. a-b=2. C.a+b=1. D.a-b=1.

Téng vo han sau dy S :1+§+3i2+...+%+... c6 gia tri bang:

A. 3. B.%. C. 4. D. 2.

Biét gi6i han L = lim (%/ 8x° —x* +/4x7 + 3x) = —% véi % 1a phan s téi gian. Tinh a® +b°.

A. 61. B. 11. C.9. D. 30.
X’ =5x+6
Tim Iim—— 1a
=2\ J4x+1-3
A3 B. -2 c -2 D. L.
2 3 2 2



Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cho bén diém A4,B,C,D khong cung nam trong mot mat ph'fmg. Trén AB, AD lan luot léy cac

diém M va N saocho MN cét BD tai E.Piém E khong thudc mit phing nao sao day?

A. (4CD). B. (BCD). C. (4BD). D. (CMN).

Cho t& dién ABCD. Goi E, F, G la céc diém lan lugt thudc cic canh AB, AC, BD sao cho

EF cit BC tai I, EG cit AD tai H .Ba duong thang nio sau day dong quy?

A. CD, EF, EG. B. CD, IG, HF. C. 4B, IG, HF . D. AC, IG, BD.

Cho tt dién ABCD. Goi K, L lan luot 13 trung diém cua 4B va BC. N 1a diém thudc doan

CD sao cho CN =2ND . Goi P 1a giao diém ctia AD vé&i mit phang (KLN) . Tinh ti s6 %

L PA_L p PA_2 o PA_3 b P4 _
PD 2 PD 3 PD 2 PD

Cho tir dién ABCD ,G latrong tam AABD va M 1a diém trén canh BC sao cho BM =2MC .

Puong thing MG song song voi mat phang nao sau day?

A. (ACD). B. (ABC). C. (4BD). D. (BCD).

Cho hinh chép S.ABCD c¢6 day la hinh binh hanh tdim O, goi M, N lan luot 1a trung diém SA,

AD . Mit phing (MNO) song song v6i mit phang nao sau day?

A. (SBC). B. (S4B). C. (84D). D. (SCD).

2.

II. PHAN TU LUAN (3,0 di¢m)

Cau 36:

Cau 37:

Cau 38:

Cho tam giac déu ABC c6 do dai canh br?mg 1. Nbi cac trung diém A4,B,,C, cua cac canh
BC,CA, AB ta duoc tam giac déu ABC,. Tiép tuc ndi cac trung diém A4,,B,,C, cua cic canh
B,C,,C 4, A B, taduoc tam giac déu 4,B,C, , thuc hién qua trinh nay dén v6 han. Goi S, 14 dién

tich cta tam giac déu 4, B,C, .

a) Tinh S

b) Tinh tong dién tich cc tam gidc déu 4,B,C, thu dugc

c) Tinh tong cic d0 dai [ =AA + A A, + A, A, +..+ A _ A, +...

Cho hinh chop tir giac S.ABCD, M la mot diém trén canh SC, N 1a trén canh BC . Tim giao
diém ctia duong thang SD vai mit ph'fmg(AMN ) .

Mot vong quay quan sat quay nguoc chiéu kim dong hd quanh truc O cia nd trén mot mit phing
thang dimg vudng goc véi mat dat. Vong quay cé duong kinh banh xe 1a 20 m va c¢6 12 khoang
hanh khach hinh tring duogc thiét ké ¢ nhitng vi tri trén duong tron banh xe sao cho khoang cach
gitra hai khoang gan nhat luén bang nhau. Vi tri hanh khach budc 1€n khoang hanh khach cach

mit dat 5 m. Ban A budc 1én vong quay va di duoc 3% vong. Hoi vi tri khoang hanh khach



ctia ban A cach mat dit bao nhiéu mét? Két qua lam tron dén hang phan mudi (hinh v& minh hoa
bén dudi).

Ciau 39: Mot doi thg cong nhan ding gach ¢& 30x30cm dé 1at nén cho mot toa thap gdm 7 ting theo cu
truc dién tich mat san cia tﬁng trén béng mot nira dién tich mat san cua tﬁng dudi. Biét dién tich

mit day cta thap 1a 16 m* , hoi doi cong nhan dy dinh ding tdi thiéu khoang bao nhiéu vién gach?



HUONG DAN GIAI CHI TIET
I. PHAN TRAC NGHIEM (35 cdu — 7,0 diém)

Cau 1: S do theo d6 cua goc 3'?ﬂmd la

A. 72°. B. —72° C. 108°. D. 300°.
Loi giai
Taco: 2% rad=> 1180°=108°
5 S &
Cau2: Ham sb ndo sau ddy 1a ham s6 tudn hoan voi chu ky bang 27 ?
A. y=sin2x. B. y=sinx. C. y=tanx. D. y=cotx.
Loi giai

Ham s6 y =sinx 1a ham so tudn hoan véi chu ky bang 27 vi: sin(x+k27) =sinx (ke Z).

Cau 3: Nghiém cua phuong trinh cot(x + %) = ? la

A. x=krz,(keZ).  B. x:—%+k27r,(keZ).

C. x:—%+k7z,(keZ). D. x=k27,(keZ).
Loi giai

Ta co cot x+Z :ﬁ @x+£=£+k7z©x:kﬂ, (keZ).

3 3 3 3
Cau4: Cho diy sb (u,)biét u, =2n* +3n+1. Ménh d& nao sau day ding?

A. Diy sb ting B. Diy sb giam

C. Diy sb khong tang, khong giam D. Diy sb vira ting vira giam
Loi giai

Taco u,, —u, =2(n+1)" +3(n+1)+1-2n ~3n-1=4n+5>0,vneN'
Vayu, —u, <0cu,, <u ,VneN

Cau5: Cho diy sb (un) 1a cép s6 nhan c6 s6 hang dau u, va cong boi g. Ping thic ndo sau day sai?
Acu,, =uq(nz1). B.ou,=uqg"™ (n>2).

C.u,=ug"(n22). D.u’=u_u, (k=2).

Loi giai
Ta c6 C la cong thuc sai.
. . 2n+3n’
Cau 6:  Két qua cia gi6i han lim————— 1a
4n” +2n+1
A. i B. +oo. C. 1. D. 2
4 7
Loi giai
2 2
43 Tl
. 2n+3n’ . " n’ . n2+3 .
11m4 5 1=11m 1 =limn. 7T .Taco
n +:in+ n2(4++2) 4+f+72
n n n n



Cau 7:

Cau 9:

Cau 10:

Cau 11:

limn =400
£+3
£+3 . 2n+3n’ . n’
. n? 3 ——im————=limn——F—=+®
lim—2 ——==>0 4n* +2n+1 2 1
2 1 4+ —+—
4+—+— n on
n n
2 3 3
Giai nhanh : 2n+3n ~ 3n2 =i.n > 400,
4n" +2n+1 4n° 4
Gi6i han lim (3" —7") bang
7
A. —o0, B. 1. C'E' D. 4.
Loi giai
Ta c6 lim(3"-7") =1lim (ij —1}7":—00
’7 .
/ 2
Gia tri cua gioi han lirn1 3x—+:x la
X—>— X —
A. —i. B. l C. —l. D. i
- 2 2 2 2
Loi giai
o A3 Hl-x N34l4l 3
Taco lim = =—=
-l x—1 -1-1 2
x> —12x+35
m—
Tinh 5 25-5x
A. _%_ B. +o. g.z. D. —w.
5 5
Loi giai
2 -7)(x-5 —
Taco limE 12235 o (=7)(x=5) w72
5 25-5x =5 —5(x—5) =5 =5 5
Ham sé y =L1 gian doan tai diém X, bang?
x+
A. x,=2023. B. x, =1. C.x,=0 D. x,=-1.
Loi giai
Viham sb y =L1 co TXD: D=R\{-1} nén ham s0 gian doan tai diém x, = —1.
X+
*lhix 21
Cho f(x)=9x-1 . Khang dinh nao sau day dung.
1 khix =1

A. Ham s6 lién tuc tai x=1.
B. Ham s lién tuc tai moi diém trén tap xac dinh nhung gian doan tai diém x =1.
C. Ham sb khong lién tuc tai x =1.
D. Tét ca déu sai.
Loi giai

. _x-1
Tép xéc dinh D=R. Tacd: lim f(x) = hl’Illx—l =1=f(1)
xX—> X—> x —_



Cau 12:

Cau 13:

Cau 14:

Cau 15:

Vay ham s6 lién tuc tai x=1.

(Cht) [Col) YRR

Cho ham s6 f(x) = x-3 . Tim tét ca cac gia tri thuc ciia m dé ham s lién
m khix=3
tuc tai diém x =3.
A.m=2. B. meR. C. m=1. D. m=-1.
Loi giai

Ham sb d3 cho xé4c dinh trén R.
oo . (x=3)(x-1 . (x—=1 .
Ta co lxlglf(x) = 1)61231% = 1;331% =2va f(3) =m
Vay véi moi m =2 ham sb da cho lién tuc tai diém x =3.
Trong cac ménh dé sau day, m¢nh dé nao sai?
A. Hai mit phang c6 mot diém chung thi chung c¢6 v6 sé diém chung khéc nita.
B. Hai mit phang c6 mot diém chung thi chung c6 mot duong thang chung duy nhit.
C. Hai mit phang phan biét c6 mot diém chung thi chiing c6 mot dudng thang chung duy nhat.
D. Hai mit phang cing di qua 3 diém 4, B, C khong thang hang thi hai mat phang d6 tring nhau

Loi giai.
Néu 2 mit phang trang nhau, khi d6 2 mit phang c6 v6 s6 diém chung va chung nhau vo sd
duong thang.
Cho hinh chdp S.ABCD ¢6 ddy ABCD 14 hinh thang c6 day 16n AB. Goi M 1a trung diém cia
SC . Giao diém ctia BC v6i mp(ADM ) la:

A. giao diém ciia BC va AM . B. giao diém ctua BC va SD.
C. giao diém cia BC va AD. D. giao diém cia BC va DM .
Loi giai
A 3
"

D@ thay cac cap duong thang BC va AM, BC va SD, BC va DM la céc cip duong thiang chéo
nhau nén chung khong cat nhau. Theo gia thiét, BC va AD cat nhau. Ta goi F 1a giao diém cua
BC va AD.

Do Fe AD nén Fe(ADM), tir d6 suy ra F 1 giao diém ciia duong thing BC va mit phang
(ADM).

Cho tar di¢n ABCD. Goi I va J theo thir tu 1a trung diém cta AD va AC, G 1a trong tdm tam
gidc BCD. Giao tuyén cuia hai mt phing (GLJ) va (BCD)la duong thing:

A. qua [ va song song voi AB. B. qua J va song song vdi BD.

C. qua G vasong song voi CD. D. qua G vasong song voi BC.

Loi giai



Cau 16:

Cau 17:

B
(GIJ)n(BCD)=G
Taco <1J <(GLJ),CD c(BCD) —— (GLJ)n(BCD)=Gx | IJ J| CD.
) cD
Cho hai mt phang song song () va (), duong thing a//(a). Cé bao nhiéu vi tri twong doi

cua a va (B)?

A. 1. B. 2. C.3. D. 4.
Loi giai
// . . .
Vi {(0/!/)( ()ﬁ) nén a va (,B)chi c6 thé ¢o 2 vi tri twong doi: (a)//(ﬂ) hodc a nam trén (,8)
all(a

Cho hinh chop S.ABCD c6 day ABCD 1a hinh binh hanh. Goi A4’ B’ lan luot 1a trung diém cua
SA4,SB . Pudng thing A' B’ song song voi mit phing nao dudi day?

A. (S4B). B. (4BCD). C. (84D). D. (SBC).
Loi giai

Ta co

A'BY//AB

AB C(ABCD) (= A'B'//(ABCD).

A'B' ¢ (ABCD)

Céu 18: Cho hinh hop 4BCD.A'B'C'D’ . Miit phang (ABA') song song véi



A. (44'C"). B. (CC'D'). C. (4DD'). D. (BB'A').
Loi giai

Taco:CC'|| AA" = CC'||(ABA'),CD'|| AB = C'D'||(A4BA4')
CC',C'D' = (CC'D)

Mat khac:{ CC' ~C'D' = {C") = (CC'D')||(4BA).
CC'||(A4BA'),C'D'||(ABA")

Cau 19: Cho hinh hop ABCD.4,B,C,D,. Khang dinh nao duéi ddy 1a sai?

A. ABCD la hinh binh hanh.

B. Céc duong thang AC, AC,, DB,, D;B dong quy.

C. (4DD,4,)//(BCC,B,).

D. AD,CB 1a hinh chir nhat.

Dua vao hinh v& va tinh chét cia hinh hop chir nhat, ta théy rﬁng:
e Hinh hop c6 ddy ABCD 1a hinh binh hanh.

e Céc duong thang 4,C, AC,, DB,, D,B cit nhau tai tim cua A4,C,C, BDD,B,.
o Hai mit bén (ADD,4,), (BCC,B,) déi dién va song song véi nhau.
e AD, va CB l1a hai duong thang chéo nhau suy ra AD,CB khong phai 14 hinh chir nhat.

Cau 20: Cho hinh chép S.ABCD c6 day ABCD la hinh thang vuong tai 4 va B, SA L (ABCD),
AD =2a, AB = BC = a . Hinh chiéu song song cta diém C theo phuong 4B 1én mit phang
(SAD) 1a diém nao sau day?
A. S. B. Trung diém cta AD .



Cau 21:

Cau 22:

Cau 23:

Loi giai

Goi / latrung diém cua AD.Tacd AI//BC; Al = %AD =BC.

Do d6 ABCI 1a hinh binh hanh. Suy ra CI//AB; I €(SAD).

Vay hinh chiéu song song ctia diém C theo phuong 4B 1én mit phiang (S4D) 1a diém I .
. . . b2 N

Véimoi o thi cos(7+aj bang

A. —sina . B. —cosa. C. cosa. D. sino .

Loi giai
V61 moi o thi

Y4 T T T ) )
cos(7+aj = cos[5+a+27zj = cos(EJraj = cos(z—(—a)j =sin(-a)=-sina.

. . 3, . .
Cho a,b thod man sina = T7Vé sinb = 7 Gida tri cua sin(a +b)sin(a—>b) 1a

L B. =L c.-1 .1
2 2 4 — 4
Loi giai
Ta c6: sin(a—b) =sina.cosb—sinb.cosa

A

sin(a +b) =sina.cosb+sinb.cosa
Nhan veé voi ve ta co:

sin(a + b).sin(a —b) =sin” a.cos’ b—sin’ b.cos’ a

= sin(a +b).sin(a — b) = sin’ a.(1—sin’ b) —sin’ b.(1-sin’ a) = %

Tap xac dinh ctia ham ) y=, / 2023 la
1—cosx

A. D:R\{kZﬁ,keZ} B. DzR\{kﬂ,keZ}

C. D=R\{2023+ k27, k e Z} D.DzR\{%-i—kZﬁ,keZ}

Loi giai
Ham s6 xac dinh khi va chi khi 1-cosx >0 < cosx <1 ma —1<cosx <1
nén cosx 2zl < x#k2r,keZ.

Vay tap xac dinh cia ham s61a D=R\ {k27z|k € Z} .



. . |u, =3 . ,
Céiu 24: Cho day s6 (u,) biét { ' . Tim tat ca céc gia tri cia a dé (u,) ting?
u,, =2au, +3Vn=1
A.a>0. B. a<0. C.a<0. D.a<l.
Loi giai

Ta co: u,,, —u, =(2au, +3)—(2au,_, +3)=2a.(u, —u, ) Vn>2.
=Su,—u, = 2a(u2 —ul) = 2a.(6a +3—2) =2a.6a = 3.(20)2
= u, —u, =2a(uy; —u,) = 2a.3.(2a)2 = 3.(2a)3

=>u,, —U,= 3.(2a)n
bé day sb (u,) tang thi u,,, —u, =3.(2a)" >0 Vn21.
Suyra a>0.
Cau 25: Cho cap s cong c¢6 u, +1,, = 60. SO hang thir 12 1a
A. 22. B. 20. C. 60.
Loi giai

=

30.

Ta co
Uy, +u,, =60=u, +d+u, +21d =60 = 2u, +22d = 60
=u,+11d =30=u,, =30
Céu 26: Dién tich rimg tu nhién cia nude ta nam 2021 13 x4p xi 10171757ha . Gia st ti 1é ting dién tich
rung ty nhién hang ndm ké tir nam 2021 14 0,7%/nam. Dién tich rung ty nhién cua nudc ta vao
nam 2025 xap xi bang
A. 10386863 ha . B. 10532788ha. C. 10468251ha. D. 10459571ha.
Loi giai
Dién tich rung tu nhién hang nam ké tor nam 2021 1ap thanh mdt cap s6 nhan c6 cong bdi
g =1,007 va s6 hang dau 14 dién tich rimg tw nhién nam 2021: «, =10171757 ha.
Do do dién tich rirng ty nhién cua nudce ta vao nam 2025 1a
u;=u.q" = 10171757.(1, 007)4 ~10459571ha.

CAu 27: Cho a,b la céc s6 thuc théa min lim(\/n2 +an+2 —\/n2 +bn +1) =1. Khang dinh nao sau ddy

dtng?
A. a+b=2. B. a-b=2. C.a+b=1. D.a-b=1.
Loi giai
n+an+2)—(n*+bn+1
Do lim(x/nz+an+2—\/n2+bn+1):1:1im( )~ )=1
i +an+1+n> +bn+2
1
<:>lim\/ 2 (« )'\1/ 2 —le lim n :1©L2b:1©a—b:2.
n’+an+2+n’ +bn+1 \/I+a+22+\/l+b+12
non non

Céu 28: Tong vo han sau day S =1+§+3i2+...+3%+... c6 gia tri bang:

A. 3. E-%- C.4. D.2.

Loi giai



Ta cod 1% 3% —;...la mot cép s6 nhan 1ui vo han véi cong boi q:§<l.
S—1+1+L+ A=+ L:E
3 3 3" 1_1
3

X—>—00

Ciu 29: Biét gigi han L = lim (i/Sx3 — 7 /4y +3x) = —%VOI . 1a phan s6 tbi gian. Tinh a® + 5.

A. 61. B. 11. C.9. D. 30.
Loi giai
lirfl (%/8)63 —x’ +\/4x2 +3x) = lirp [(\3/8x3 —x? —2x)+(2x+\/4x2 +3x”

2
—X

= lim

3x
+
o (%/Sx3 —x’ )2 +%/8x3 —x? 2x+4x* Vax® +3x - 2x

1 3 5

2
x>0 3 12 4 6
(s,/g—lJ +s/8—1.2+4 —4+s -2
x x X

Vay a=5,b=6=a’ +b" =61.

lim x —5x+6
Cau 30: Tim “2\/4“ -3 1a
A B. -2, c -2 p. L.
2 3 = 2 2
Loi giai
Csxve o (x-2)(x-3)(VaxHT43)  (x-3)(VaxeT43) 3
x—>2 /4x+ 3 w2 4(x—2) X2 4 2

Cau 31: Cho bén diém 4,B,C,D khong cung nam trong mot mat phfmg. Trén AB,AD lan luot léy cac
diém M va N saocho MN cit BD tai E.Piém E khong thudc mit phing nao sao day?

A. (ACD). B. (BCD). C. (4BD). D. (CMN).
Loi giai
AN

e ~\I;\ N

. \‘\

N\

B _. B .___\ E
0

EeBD= Ee(BCD) va (4BD).
EeMN = Ee(CMN).



Cau 32:

Cau 33:

Cho t dién ABCD. Goi E, F, G 1a cac diém lan luot thudc cac canh 4B, AC, BD sao cho
EF cit BC tai I, EG cit AD tai H .Ba duong thang nio sau day dong quy?
A. CD, EF, EG. B. CD, IG, HF. C. 4B, IG, HF . D. AC, IG, BD.

Loi giai.

A

Phuong phap: Dé chiing minh ba duong thing d,, d,, d, dong quy ta ching minh giao diém cua
hai dudng thing d, va d, 1 diém chung cia hai mit phang («) va (B); dong thoi d, 1a giao
tuyén (o) va (B).

Goi O=HF NIG.Taco

® Oc HF ma HF —(ACD) suyra O €(ACD).

® OcIG ma /G c(BCD) suyra Oe(BCD).

Do d6 O (ACD)N(BCD). (1)

Ma (ACD)~(BCD)=CD. (2)

Tir (1) va (2),suyra OeCD.

Viy ba dudng thing CD, IG, HF dong quy.

Cho t&r dién ABCD. Goi K, L lan luot 13 trung diém ciia AB va BC. N 1a diém thudc doan

CD sao cho CN =2ND . Goi P 1a giao diém cua AD vé&i mit phang (KLN) . Tinh ti sb %

PA_1 g PA_2 o PA_3 b PA_,

"pPD 2’ "PD 3’ "pPD 2 = PD
Loi giai



Giasit LNNBD=1.Nbi K véi I cat AD tai P Suyra (KLN)NAD =P
P4 NC

Taco: KL//AC= PN//AC Suyra: —=——=2
PD ND

Cau 34: Cho ta di¢n ABCD,G latrong tam AABD va M la diém trén canh BC sao cho BM =2MC .
Puong thang MG song song v&i mat phang nao sau day?
A. (ACD). B. (4BC). C. (4BD). D. (BCD).
Loi giai
A

& ¢

D
Goi P 1a trung diém cua 4D.
BM BG 2 CPc(ACD
Tacé:—=——=== MG || CP . Ma ( ) nén MG || (ACD).
BC BP 3 MG & (ACD)

Céu 35: Cho hinh chép S.4BCD c6 day 1a hinh binh hanh tdim O, goi M, N lan luot 1a trung diém S4,
AD . Mit phang (MNO) song song v6i mit phing nao sau day?
A. (SBC). B. (S4B). C. (84D). D. (SCD).



Loi giai
Vi MN la duong trung binh cua tam giac SAD = MN//SD .
MN//SD
Ta c6 MN & (SCD)=> MN//(SCD)..

SD c (SCD)
Tuong tw ON//(SCD).
MN//(SCD),ON//(SCD)
Ta c6 {MN = (MNO),ON = (MNO)=>(MNO)//(SCD)..
MN NON = {N }
II. PHAN TU LUAN (3,0 di¢m)
Cau 36: Cho tam giac déu ABC c6 do dai canh bang 1. Noi céac trung diém A, B,,C, cua cac canh
BC,CA, AB ta dugc tam giac déu ABC,. Tiép tuc ndi cac trung diém A4,,B,,C, cua cac canh
B/C,,C, 4, A B, taduoc tam giac déu 4,B,C, , thuc hién qua trinh nay dén vo han. Goi S, ladién

tich cta tam giac déu 4,B,C, .

a) Tinh S

b) Tinh tong dién tich cac tam giac déu A,B,C, thu dugc

c) Tinh tong cic d0 dai [ = A4 + A A, + A A, +...+ A _ A, +...
Loi giai

V3

a) Dién tich tam giac ABC la: S, = e



Taco: S, =-38,,S, :%51,53 :iSz,.... Do d6 {S,} 1a mot cap s6 nhan véi cong boi q:%
3(1) 3
= Sg = 51.97 = S().q8 =T(Zj =?

n n n

b) Tong dién tich cac tam gidc déu A B C. 1 tong ctia mot CSN I vo han véi cong boi ¢ = %

Do d6 tong dién tich la

s B

S=8+85,+S8+..+85 +..=

l-qg 12
c)bat u, = A4, u, = AA,,u; = A A4,,...u, =4, A, ,taco:

u, zﬁ,u2 :lul,u3 :luz,...,un :lu,H,...: {u,} 1a mot CSN 1ui v6 han véi cong boi ¢ _1
2 2 2 2 2
:I:sz/g.
—-q

Céu 37: Cho hinh chép tir giac S.LABCD, M 1a mot diém trén canh SC, N 1a trén canh BC . Tim giao
diém cua duong thing SD voi mit phéng(AMN ) .
Loi giai.
S

D
C

Trong mét phang (ABCD) goi O=ACNBD,]=ANNBD.
Trong (SAC) goi I=SONAM va K=I]nSD.

Taco I e AM < (AMN),] € AN < (AMN)

= I] < (AMN).

Do d6 Kel] «(AMN)= Ke(AMN).

Vay K=SDN(AMN)

Cau 38: Mot vong quay quan sat quay nguoc chidu kim dong hd quanh truc O ciia né trén mot mit phing
thang dimg vudng goc voi mat dat. Vong quay c6 dudng kinh banh xe 1d 20 m va c¢6 12 khoang
hanh khach hinh trimg duoc thiét ké ¢ nhimg vi tri trén duong tron banh xe sao cho khoang cach
giita hai khoang gan nhat luén bang nhau. Vi tri hanh khach budc 1én khoang hanh khéach cach

mit dat 5 m. Ban A budc 1én vong quay va di duoc 3% vong. Hoi vi tri khoang hanh khach

ctia ban A cdch mat dat bao nhiéu mét? Két qua lam tron dén hang phan mudi (hinh v& minh hoa
bén dudi).



v

Ta co: 3% vong tuong Umg voi goc quay a =327 +%.27r =61 +7Tﬂ'

Chon duong tron lugng gidc nhu hinh vé trén.
Khi d6 vi tri khoang hanh khéach cia ban A cach mat dét 1a

d=15+10sin| @ == | =15+10sin| 67+ %=
2 5 2

=15+10$in(6ﬂ+?—gj=15+1051n?—gz18,09016994

Két qua lam tron dén hang phan muoi 1a 18,1 m.

Cau 39: Mot doi thg cong nhan ding gach ¢& 30x30cm dé 1at nén cho mot toa thap gdm 7 ting theo cu
truc dién tich mat san cia tﬁng trén béng mot nira dién tich mat san cua tﬁng dudi. Biét dién tich
mit day cta thap 1a 16 m* , hoi doi cong nhan dy dinh ding tdi thiéu khoang bao nhiéu vién gach?

Loi giai

Gia sir dién tich mat san tang 11a S, (m*).
. 5 1
Suy ra, dién tich mat san tang 2 1a S, = ESI (m*);

) 1 1
Dién tich mdt santang 3 1a §, = ESz = ?Sl (m*);

. 1
Dién tich mit san tang 7 1a S, = ?Sl (m*).

Tong dién tich m3t san clia toa thap 1a S =8, +S, +...+ 8, = Sl.(l+%+%+...+%j




S6 vién gach can dungla 31,75: (0,3.0,3) ~ 353 vién.
Vay phai dung t6i thiéu 353 vién gach.



PE ON TAP KIEM TRA CUOI HKI
MON: TOAN 11 - BE SO: 07

I. PHAN TRAC NGHIEM (35 cdu — 7,0 di¢m)

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Ciu 6:

Cau 7:

Cau 8:

Cau 9:

. ‘s . A 1 -2 . Py \ A \ \ ./
Goc lugng giac c6 so6 do v duoc biéu dién boi diém nao trén duong tron lugng giac?

A M, B. M,. C. M,. D. M,.

Ham s6 nao dudi day c6 db thi 1a dudng cong nhu hinh bén.

¥

|
IS
[

A. y=sinx. B. y=tanx. C. y=cotx. D. y=cosx.

Phuong trinh cot(x+45°) = 73 c6 nghiém 1a

A. 15°+k180° B. 30°+£180° C. 45°+k180° D. 60°+k180°

Trong cc ddy s6 (u,) cho béi s6 hang tong quat u, sau, ddy s6 ndo la day s tang?

A. un:L. B. un:l. C. un:n+5. D. un=2n—1.
2" n 3n+1 n+1

Cho cap s cong (un) biét ba s hang dau 1an lugt 14 9, x,17 . S6 hang téng quat u, 1a:

A u, =4n+5 B.u,=9-5 C.u =4n+1 D.u,=4n+9
. . 1- n2 M

Gidi han lim—— bang

2n° +1
A0 B. L. c.l. D. L.

2 3 2

Diy sb nao sau ddy co6 gidi han bang 0?

n n 3
Acu=[-2]. B.u =[], C.ou =130, D. u =n’—4n.

3 5 n+1

Tim lim x** ta duoc két qua 1a
A. 2023. B. 0. C. t©, D. =,
Két qua ciia lim 1> 1a:

-2t x =2



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

15

A. —o, B. +oo. C. 5 D. 1.
Xac dinh gia tri £(0) dé ham sb f(x)=—“2x“_1 lién tuc tai diém x=0.
x(x+1

A. f(0)=1. B. f(0)=2. C. f(0)=3. D. f(0)=4.

—“'3)5;'1_2 khix>1
Tim @ dehamso f(x)=4 * = lién tuc tai x=1.

a(x”-2) Khix<1

x-3
A.a:l. B.a:l. C.a:i. D. a=1.
2 4 4
Trong cac ham s6 sau, ham s nao lién tuc trén R ?
A y=x'+2x+2023. B. y=—2 . C.y=x2_1. D. y=+/x’—1.
sin 2x x -1

Cho tir dién ABCD.Goi M, N lan luot a trung diém cia AC va CD. Giao tuyén cua hai mat
phang (MBD) va (ABN) la:

A. Puodng thing MN .

B. Puong thang AM .

C. Puong thing BG (G 1a trong tim AACD).

D. Puong thang AH (H 1a tryc tim AACD).

Hinh chop c6 16 canh thi c6 bao nhiéu mat?

A. 10. B. §. C.7T. D. 9.
C6 bao nhiéu mit phang song song véi ca hai dudng thang chéo nhau?
A.3. B. V6 6. C.2. D. 1.

Cho cac hinh dudi day. Co6 bao nhiéu hinh 1a hinh lang tru?

N7

N

-

Al B. 2. C.3. D. 4.

Cho hinh chép S.4BCD c6 ddy ABCD la hinh binh hanh. Giao tuyén clia hai mét phing (S4B)
va (SCD) song song voi dudng thang ndo sau day?

A. AB. B. AD. C. BC. D. BD.

Cho hinh hdp 4BCD.4'B'C’'D’ . Ménh d nio sau ddy ding?

A. (4B'D")||(A4'BD). B.(AB'D")||(C'BD). C. (DA'C")||(ACB). D. (AB'D')||(BCD).

Trong khong gian cho hinh hop 4BCD.A'B'C'D'. Trong cic ménh d¢ dudi ddy, c6 bao nhiéu
ménh dé dung?

(1) Céac dudng chéo cta hinh hop dong quy tai mot diém.

(2) Hai day 1a hai hinh chir nhat bang nhau.

(3) Cac mat bén la cac hinh binh hanh.



Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

(4) Cac canh bén song song vdi nhau.

(5) Hai mit phang chtra hai mit ddi dién cua hinh hop thi song song véi nhau.

A. 2. B. 3. C. 4. D. 5.

Cho hinh chép S.ABCD ¢6 ddy ABCD 14 hinh binh hanh. M 14 trung diém cua SC . Hinh chiéu

song song cuiia diém M theo phuong AB 1én mit phing (SAD) 1a diém nao sau day?
A. S. B. D.
C. 4. D. Trung diém cua SD .

Pon gian biéu thirc D = sin(%—aj+cos(l3n+a)—3sin(a—57r)
A. 2cosa+3sina . B. 3sina—2cosa. C. —3sina. D. 4cosa—sina.

2 1 ) 3
Rut gon biéu thirc 4= 4+ cosx 4+ cos2x + cos x'

2cos’ x+cosx—1
A. COSX. B. 2cosx —1. C. 2cosx. D. cosx—1.
Trong cac ham s6 sau day, ham nao c6 dd thi nhan truc tung lam truc ddi xung?

A. y=tanx. B. y=sin’ x. C. y=sinx. D. y=cosx.
~ X .4 an+2 .., . R qxo A <
Cho day so (u,)biét u, = 3 . Tim tat ca cac gia tri cua a dé day so tang.
n+
A.a=6 B.a>6 C.a<6 D.a>6

. . .z U, —u,+u; =7
Tim cong thirc s0 hang tong quat cia cap so cong (u, ) théaman: ¢ > =~
u, +u, =12
A u,=2n+3. B.u,=2n-1. C.u,=2n+1. D.u,=2n-3.
Nguoi ta thiét ké mot cai thap gdm 11 ting. Dién tich bé mit trén cia mdi ting bang nira dién
tich cia mat trén ctia tAng ngay bén dudi va dién tich mat trén cia tang 1 bang nira dién tich cta

dé thap. Biét dién tich ctia dé thap 1a 12288m?. Dién tich mat trén ciing cta thap 13

A. 6m>. B. 8m”. C.10m>. D. 12m>.
. 11 1
Tinh gidi han L =lim| —+—+...+ .
14 25 n(n+3)

Al B.2. c. 1 D.3.

18 2

u, =2
Cho day s6 c6 gi6i han (u,) xac dinh boi u +1
n+l == (I’l Z 1)

2
Tim limu, .
A. limu, =1. B. limu, =0. C. limu, = +oo. D. limu, =2.

2 —
V6i a, b 1a hai s6 thuc duong, tinh 4 = lim Jax 23’“5 2021
X—>—00 x+

A, A=—. B. 4=——. C. A=—o. D. 4=——.



Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cho hinh chép S.4BCD ¢6 ACNBD =M va ABNCD = N. Giao tuyén clia mit phang (S4C)
va mit phang (SBD) la dudng thang

A. SN. B. SM . C. SB. D. SC.

Cho hinh chép S.ABCD c¢6 day ABCD 1 hinh binh hanh. Goi 7, J lan luot 1a trung diém S4
va SB . Khing dinh nao sau day 12 sai?

A. IJCD 1a hinh thang.

B. (S4B)(IBC)=IB.

C. (SBD)N(JCD)=JD.

D. (IAC)N(JBD)= A0, O latam hinh binh hanh ABCD .

Cho tir dién ABCD, M 1a diém thudc BC sao cho MC =2MB . Goi N, P lan luot la trung

diém cia BD va AD.Diém Q la giao diém ciia AC véi (MNP). Tinh %.

A 0C 3 b, 0C_5

El Bl c. 2, p. £ 1

o4 2 'QA_2' .QA_ . oA 2
Cho tr dién ABCD. Goi G la trong tdm cua tam giac ABD, Q thudc canh AB sao cho
AQ =20B va P 1atrung diém cia 4B. Khang dinh nao sau day dung?

A. GQ//(ACD) B. GQ//(BCD)

C. GQ ciat (BCD). D. O thudc mit phing (CDP).

Cho hinh hop 4BCD.A'B'C'D' . Mt phiang (AB'D’) song song véi mit phing nao sau day?

A. (BAC). B. (C'BD). C. (BDA'). D. (4CD').

II. PHAN TU LUAN (3,0 di¢m)

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Tir to gidy, cit mot hinh tron ban kinh R( cm) nhu hinh a . Tiép theo, cit hai hinh tron ban kinh

g chdng 1én hinh tron dau tién nhu hinh b .

Tiép theo, cat bon hinh tron ban kinh % rdi chong 1én cac hinh truée nhu hinh ¢. Cr thé tiép
tuc méi. Tinh tong dién tich cua cac hinh tron.

Cho tir dién SABC . Trén SA4,SB va SC léy cac diém D,E va F sao cho DE cit AB tai I,
EF cat BC tai J, FD cat CA tai K. Chimg minh ba diém 7,J,K thang hang.

Hing ngdy, muc nude clia con kénh 1én xudng theo thiy triéu. Do sau A (m) cula myc nudc trong
kénh tinh theo thoi gian #(h) duoc cho boi cong thitc /1 =3cos (%t + %} +12.

Tim thoi gian ngdn nhat dé muc nude cua kénh 1 cao nhét?

Mot nha thi ddu c6 20 hang ghé danh cho khan gia. Hang thir nhat c6 20 ghé, hang thir hai c¢6 21
ghé, hang thir ba c6 22 ghé,. Ctr nhu thé, s6 ghé ¢ hang sau nhiéu hon s ghé & hang trudc 1a 1
ghé. Trong mot giai thi dau, ban td chirc d ban dugc hét sb vé phat ra va sé tién thu dugc tir ban



vé 1a 70800000 dong. Tinh gia tién ctia mdi vé (don vi: ddng), biét s6 vé ban ra bang sd ghé danh
cho khan gia ctia nha thi dau va cac vé 1a dong gia.



HUONG DAN GIAI CHI TIET

I. PHAN TRAC NGHIEM (35 cdu — 7,0 diém)

Cau 1:

Cau 2:

Cau 3:

Cau 4:

. ‘s . A 1w -2 . Py \ A \ \ ./
Goc lugng giac ¢6 s6 do e duoc biéu dién bdi diém nao trén duong tron lugng giac?

A. M. B. M,. C. M,. D. M,.
Loi giai
—%[ :%— 27 = goc luong giac co sb do —%[ dugc biéu dién boi diém M,.

Ham sb nao dudi day co d thi 1a dudong cong nhu hinh bén.

v

-1 ]

NI
SIE

A. y=sinx. B. y=tanx. C. y=cotx. D. y=cosx.
Loi giai

Ham s6 y =cotx c6 dd thi nhu hinh vé.

Phuong trinh cot(x+45°) = ? c6 nghiém 1a

A. 15°+k180° B. 30°+k180° C. 45°+k180° D. 60°+£180°

Loi gidi

Phuong trinh cot (x+45°)= ? < cot(x+45°) =cot60° <> x+45°=60°+£180°

< x=15°+k180°.
Trong céc ddy so (u,) cho béi s6 hang téng quat u, sau, ddy s6 ndo la day s tang?

_2n-1
n+l’

A. unzi. B. un:l. C. un:n+5. D. u,
2" n 3n+1

Loi giai
Vi 2";n la cac day duong va tang nén %; ! la cac day giam, do d6 loai cac dap an A va
n
B.

3

n+5 2
—>

3n+1 Z

6

Xétdap an C: u, = —>u, >u,—loai C.



XétdapanD:u =211 _o_ 3 o, - (L_ ! j>0

Cau5:  Cho cép sb cong (un) biét ba sb hang dau lan lugt 14 9, x,17 . S6 hang téng quat u, 1a:
A.u =4n+5 B.u,=9-5 C.u,=4n+1 D.u,=4n+9
Loi giai

U

Tacé: u, =9,u, =17 . Cong sai d:”3; _4

S6 hang tong quat u, 1a: u, =, +(n—1)d =9+(n—1)4=4n+5

. 1-n
lim—; .
Cau 6: Gidihan 21 +1 bang
A 0. B L c.l D. -1
2 3 2
Loi giai
1 1
D = o Gt et B
lim 5 =lim n I =lim-Z 1=—.
n n

Cau7: Diy s nao sau day c6 gioi han bang 0?

n 3
A. B.u =2 C.u =231 D. u, =n’—4n.
5 n+1

Loi giai
Ta thay _2 0> lim (—zj =0.
3 n—>+0 3
Cau8: Tim lim x™* ta duoc két qua 1a
A. 2023. B. 0. C. to, D. —©,
Loi giai
lim x* = —o0
Cau9: Kétquacia lim X1 la:
=2 x— 2
A.. B. +oo. C. —%. D. 1.
Loi giai

lim+(x—15)=—l3<0
Vi ¢t > lim = o0,
1im(x—2)=0 & x-2>0,Vx>2 =2 x =2

x—2"
V2x+1-1

Ciau 10: Xac dinh gia tri £ (0) dé ham s f(x) = lién tuc tai diém x=0.

x(x+1)
A fO)=1. B. /(0)=2. C. f(0)=3. D. f(0)=4.
Loi giai
Ta c6: lim £ (x) =lim Vax 1=l i 2x ~ lim 2 -1

S0 () S0y (xr ) (V2 TH1) 0 (xk 1) (V2x 1 +1)



Cau 11:

Cau 12:

Cau 13:

Dé ham sb lién tuc tai diém x =0 thi £(0)=1.

V3x+1-2
2

khix>1
Tim a dé hamsd f(x) = xZ -1 lién tuc tai x =1.
a0 =2 hirst
x_
A. a:l. B. a:l. C.
2 4
Loi giai
Tap xac dinh D =R.
G2 3(x-1)
=lim

Ta co: lir¥ f(x)=1lim

o=l ol (=) (e 1) (VBr+1+2)

3 3
= lim =—.
o (x+1)(VBr+1+2) 8

a(x*=2) a

lim f(x)=lim———==
x—>1" f( ) x—>1" x—3 2

\ ST . 3 a 3
Suy ra ham s0 lién tuc tai lec’g:E@“:Z‘

Trong cac ham s6 sau, ham s6 nao lién tyc trén R ?

2 x—1
A. B. y= . C.y= .
—- Y7 sin2x s

Loi giai

Vi y =x’ +2x+2023 la da thirc nén no lién tuc trén R .

. y=~vx"—1.

Cho ti dién ABCD. Goi M, N lan luot 1a trung diém cua AC va CD. Giao tuyén cua hai mat

phang (MBD) va (4BN) la:
A. Puong thang MN .
B. Puong thang AM .
C. Puong thang BG (G la trong tim AACD).
D. Puong thang AH (H 1a tryc tim AACD).
Loi giai
Ta cé (MBD)(A4BN)=BG.
Ma G latrong tdm cua AACD.



C

Cau 14: Hinh chop c6 16 canh thi c6 bao nhiéu mat?
A. 10. B. 8. C.7. D. 9.
Loi giai
Hinh chop S.4,4,..4,, (1>3) c6 n canh bén va n canh ddy nén c6 2n canh.

Taco: 2n=16 > n=8.
Vay khi d6 hinh chép c6 8 mat bén va 1 mat day nén né c6 9 mat.
Céu 15: C6 bao nhiéu mit phang song song voi ca hai duong thang chéo nhau?

A. 3. B. Vo sb. C.2. D. 1.

Loi giai

a

C /
~
Goi hai dudng thing chéo nhau 13 ava b, ¢ 1a duong thing song song v6i a va cit b.
Goi mit phang (a)=(b,c). Do al/lc = all(a)

Gidi st mat phang (B)// () ma b<(a)= b//(f)
Mit khéc a//(a) = a//(f). C6 vd s6 mat phang (B)//(«)

nén c6 vo s mit phing song song véi ca hai duong thing chéo nhau.
Cau 16: Cho céac hinh dudi day. C6 bao nhiéu hinh Ia hinh lang try?

/]
- et
D 4

-




Cau 17:

Cau 18:

Cau 19:

Al B. 2. c.B D. 4.
Loi giai
C06 ba hinh lang tru 1an luot 1a cac hinh tha 1, 2 va 4
Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Giao tuyén cua hai mét phang (SAB)

va (SCD) song song voi duong thing nao sau day?

A. VB B. 4D. C. BC. D. BD.
Loi giai

S €(S4B)N(SCD)
AB C (SAB) : : o -
Ta c6 = Giao tuyén cua hai mit phang (SAB) va (SCD) song song véi
CD C (SCD)
AB//CD |
duong thang 4B va CD.
Cho hinh hép 4BCD.4'B'C’'D’ . Ménh d nao sau ddy ding?
A. (4B'D")||(4'BD). B.(4B'D)|[(C'BD)! C. (DA'C')||(ACB). D. (AB'D')||(BCD).

Loi giai

Taco: BD||B'D' = BD||(AB'D'),DC'|| AB" = DC'||(AB'D")
BD,DC' (C’BD)
Mit khéac: < BD N DC' ={ D} = (C'BD)||(4B'D'").
BD||(AB'D"),DC'||(AB'D")
Trong khong gian cho hinh hop 4BCD.A'B'C'D'. Trong cic ménh d¢ dudi ddy, c6 bao nhiéu
ménh dé dung?
(1) Cac dudng chéo cta hinh hop dong quy tai mot diém.
(2) Hai day 13 hai hinh chit nhat bing nhau.
(3) Cac mat bén la cac hinh binh hanh.
(4) Céac canh bén song song v4i nhau.



Cau 20:

Cau 21

(5) Hai mit phang chtra hai mit ddi dién cua hinh hop thi song song véi nhau.
A. 2. B. 3. C. 4. D. 5.
Loi giai

Tir tinh chat ctia hinh hop ta thdy ménh dé (2)sai, c4c ménh d¢ con lai dung. Chon C

Cho hinh chop S.ABCD c¢6 day ABCD 14 hinh binh hanh. M 13 trung diém cta SC . Hinh chiéu
song song cua diém M theo phuong AB 1én mit phing (SAD) 1a diém nao sau day?

A. S. B. D.

C. 4. D. Trung diém cta SD .
Loi gidi

Ta co:

AB//CD

AB < (S4B)

CDc (SCD)

M €(SAB)N(SCD)
Khi d6 MN 1a dudng trung binh ciia tam giac SCD nén hinh chiéu song song ctia diém M theo
phuong 4B 1én mit phang (SAD) la diém N .

= (SAB)N(SCD) = MN véi MN//AB//CD; N € SD.

: Pon gian biéu thic D:sin(%[—aj+cos(l37r+a)—3sin(a—57r)
A. 2cosa+3sina. B. 3sina—2cosa. C. 3sina. D. 4cosa—sina.
Loi giai

D:sin(27r+%—a]+cos(127z+7r+a)—3sin(a+7z—67r)

D:sin(%—aj+cos(7z+a)—3sin(a+7r)

D =cosa—sina+3cosa
D=4cosa—sina



” 1 2
Cau22: Rit gon bidu thire 4= L COSX T C0s2x+C0s3x

2cos’ x+cosx—1

A. COSX. B. 2cosx—1. C. 2cosx. D. cosx—1.
Loi giai
Taco: A — (1 4+ cos 2x) + (cosx + cos3x) _ 2¢0s” x +2c0s2xcos X
<2coszx—1>+cosx COSX + COS2x
2cos x(cos x + cos 2x)
= = 2cosXx.
COS X + €os 2x
Cau 23: Trong cac ham s6 sau day, ham nao co dd thi nhan truc tung lam truc ddi xung?
A. y=tanx. B. y=sin’ x. C. y=sinx. D. y=cosx.
Loi giai

Ta cé cos(—x)=cosx,VxeR.
= y =cosx1a ham s6 chan trén R .

— d6 thi ham sb y =cosx nhan tryc tung lam truc ddi xung

A s A . X an+2 . . o . 2 g~ A L«
Ciu 24: Cho day so (u,)biet u, = . Tim tat ca cac gia tri cua a dé day so tang.

3n+1
A.a=6 B.a>6 C.a<6 D.a>6
Loi giai
+a+2 +2 -6 x
Tacou,, —u, = e 2 ,VneN
3n+4 3n+1 (3n+4)(3n+1)
. . -6 .
Dé day so tang thi u,,, —u, = 2 >0,VvneN < a>6
(3n+4)(3n+1)
n \ A , & 2 Y O , o Uy, —uy +us =7
Cau 25: Tim cong thirc s0 hang tong quat cua cap so cOng (”n ) thoda man:
u, +ug =12
A u,=2n+3. B.u,=2n-1. C.u,=2n+1. D.u,=2n-3.
Loi giai

Uy, —uy +us =7

Gid str day cép s6 cong (u, ) c6 cong sai la d . Khi do, { tr¢ thanh:

u, +ug =12
(ul+d)—(u1+2d)+(ul+4d)=7<:> u +3d =7 - u =1
u, + (1, +5d) =12 2u+5d =12 |d=2

86 hang tong quat ctia cap sb cong (u,): u, =u, +(n—1)d =1+(n-1).2=2n~1

Vay u, =2n-1.

Cau 26: Nguoi ta thiét ké mot cai thap gom 11 tang. Dién tich bé mit trén ctia mdi ting bang nira dién
tich ctia mit trén cia ting ngay bén dudi va dién tich mit trén cua ting 1 bang nira dién tich cua
dé thap. Biét dién tich cua dé thap 1a 12288m>. Dién tich mit trén cung cua thap 1a
A. 6m°. B. 8m>. C.10m%. D. 12m?.

Loi giai



, . . o , 1 . .
Di¢n tich bé mat trén cua moi tang 1ap thanh mot cap s6 nhan c6 cong bdi g = 5 va s0 hang dau

W2

10
Khi d6 di¢n tich mit trén cung cta thap 13 u,, =u,.q"° = 6144.(—) =6 (m’).

: 1 1 1
Cau 27: Tinh gidi han L =lim| —+—+...+ )
14 2.5 n(n+3)

Al L. B.2. c. D. >
18 2

Loi giai

) 1 1 1 01 1 1 1 1 1 1 1
L=lim|—+—+...+ =lm|—|l-——+———+———+.. . +——
14 25 n(n+3) 3 4 2 5 3 6 n n+3

1 1 1 1 1 1 ) 1111 3n* +12n+11
=lim|=| [+=—+—— - - =lim| =| ——
3 2 3 n+l n+2 n+3 _3 6 (n+1)(n+2)(n+3)

3,121
2 3
—tim| L L h_n A _fim| L[ 10 =1—1.
31 6 1 2 3 306 1 18
I+— || I+— || I+—
i n n n
u =2
Cau 28: Cho diy s6 co gidi han (1) xac dinh boi u +1
u,,=——, (nz1)
Tim limu, .
A. limu, =1. B. limu, =0. C. limu, = +o. D. limu, =2.
Loi giai
Cach 1.
TR IET u, +1
Tu gia thiet u,,, = ”2 <2u,,, =u,+1<2u,,, —1)=u, 1.
Dé’t vn =un_1:>2vn+l =Vn szl
v, 2
v, =1
Do d6 (v,) 1a mot cAp s6 nhan co 1-
q9==
2
1 n-1 1 n-1
Suyrav =v.q""'=|=| =u =v +1=|=| +1.
y n lq (2j n n (2j
1 n-1
Vay limu, zlim{(gj +1}: .
Cach 2.
Goi limu, =a=limu,,, =a.

u +1 a+1
Dou =—L—néna=——<<a=1.
n+l 2 2



2 —
Cau29: Véi a. b 14 hai s6 thue duong, tinh A— [jm Y& +35=2021

¥ bx+5
A.A:ﬁ. 5.A=—£. C. A=—o. D.A=—£.
b b 5
Loi gii
Ta co:
3_2021 y a+§_2021
2
P Jax® +3x-2021 _ i \l im \
X—>— bx+5 x—)—w ( j X—>—00 ( 5 j
x P
X
[3 2021
= lim x_x _ Na
o b b
X
limx_ 2x—1
Cau30: Tim *' X +x-2
A. -5, B. —. c.on D. 1.
Loi giai
I —— 2 _
Ta cod llm$—lim X —2x+] =lim x—1 =0

R (x—l)(x+2)(x+\/2x—1) = (x+2)(x+42x 1)
Céu 31: Cho hinhchép S.ABCD c¢6 ACNBD =M va ABNCD = N. Giao tuyén ctia mt phang (SAC)
va mit phang (SBD) la dudng thang
A. SN. B. SM . C. SB. D. SC.
Loi giai
S

N
Giao tuyén ctia mat phang (SA C ) va mat phang (SBD) 1a dudng thang SM ..
Céu 32: Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi I, J lan luot 13 trung diém S4
va SB . Khang dinh ndo sau day 13 sai?
A. IJCD 1a hinh thang.
B. (SAB)(IBC)=1B.
C. (SBD)n(JCD)=JD.
D. (14C)n(JBD)= A0, O la tam hinh binh hanh ABCD .



Cau 33:

Cau 34:

Loi giai.

Ta c6 (IAC)=(SAC) va (JBD)=(SBD). Ma (SAC)n(SBD)=SO trong d6 O la tim hinh
binh hanh ABCD .
Cho t&r dién ABCD, M 1a diém thuéc BC sao cho MC =2MB . Goi N, P lan luot 13 trung

diém cua BD va AD.Diém Q la giao diém cta AC voi (MNP). Tinh %.

A L3 B 2.3 c 2, p. &1
04 2 04 2 04 04 2
Loi giai
D

P
A C
M
B

Taco NP// AB= AB // (MNP).
Mt khac 4B < (ABC), (ABC) va (MNP) c6 diém M chung nén giao tuyén ciia (ABC) va
(MNP) 1a duong thang MQ // AB (Q € AC).
Ta co: QZM—C:ZVQy
Q4 MB
Cho tr dién ABCD. Goi G la trong tdm cua tam giac ABD, Q thudc canh AB sao cho
AQ =20B va P 1atrung diém cia 4B. Khang dinh nao sau day dung?
A. GQ//(ACD) B. GQ//(BCD)
C. GQ ciat (BCD). D. O thuoc mit phing (CDP).

Loi giai



Cau 35:

C

Goi M 1a trung diém cia BD.

Vi G la trong tam tam gidc 4BD = ﬁzz
AM 3
.2 AQ 2 AG  AQ
DPiém AB saocho AO=20B < —===—. Suyra —=—"==GQ// BD.
Qe Q=208 - p=3-Swyn-nr="5" ¢

Mit khdc BD nim trong mit phang (BCD) suy ra GQ//(BCD).

Cho hinh hop 4BCD.A'B'C'D' . Mit phang (AB'D’) song song véi mit phing nao sau day?

A. (BA'C'). L. (C'BD). C. (BDA'). D. (ACD).

Loi giai

Tacé B'D'//BD; AD'//C'B = (AB'D')//(C'BD).

II. PHAN TU LUAN (3,0 diém)

Cau 36:

Tir to gidy, cdt mot hinh tron ban kinh R( cm) nhu hinh a . Tiép theo, cét hai hinh tron ban kinh

g chdng 1én hinh tron dau tién nhu hinh 5.

a) b) c)
Tiép theo, cit boén hinh tron ban kinh g 10i chdng 1én cac hinh trude nhu hinh ¢. Ct thé tiép

tuc méi. Tinh tong dién tich cua cac hinh tron.
Loi giai

Goi u, 1a dién tich cta hinh tron thir nhét, ta c6 u, = 7R*.



2
. N LA A , 5 3 \ M A ’ . , R 1
Got u,la tong dién tich cta 2! hinh tron cat 1an tht hai, ta co u, = 27[[5) = ﬂRZ.E.
RY 1
Got u,la téng dién tich ciia 2 hinh tron cit lan thi ba, ta co u, = 47[[2) = ERZ.? .

2
. A , 1o LA , , e R 1
Got u,la dién tich cua 2" " hinh tron cat lan tha 7, ta co u, =2 17[.( n_lj =R’ =R

~ \ A A A N\ e A ’ A A 2 \ A A 1
Day u,,u,,us,...,u,,... 1a cap so6 nhan lui v6 han c6 s6 hang dau u, = 7R" va cong boi g = 3

Viy tong dién tich cta cac hinh tron 1a:
B R*
L
2

Cau 37: Cho tr dién SABC . Trén SA4,SB va SC léy cac diém D,E va F sao cho DE cit AB tai I,
EF cat BC tai J, FD cat CA tai K. Chimg minh ba diém 7,J,K thang hang.

S=7Z'R2+7Z'R2.%+7Z'R2.2L2+... =27R>.

Loi giai

Taco I = DEN AB,DE — (DEF)= I €(DEF);
AB < (ABC)=1¢€(4BC) (1).
Tuong tu:

J € EF (DEF)
J € BC c(A4BC)

(2)

J:EFmBC:{

KeDFC(DEF)
KeACC(ABC)

(3)

Tir (1),(2) va (3) tacod 1,J,K 1a diém chung cta hai mat phing (ABC) va (DEF) nén chung

K=DF(\AC:>{

thang hang.
Céu 38: Hang ngay, muc nudc cia con kénh 1én xudng theo thity triéu. Do sdu /(m) clia muc nudc trong

kénh tinh theo thoi gian #(h) duoc cho boi cong thitc /1 =3cos (%t + %} +12.

Tim thoi gian ngan nhat dé muc nudce cua kénh la cao nhat?
Loi giai



Cau 39:

Ta co: —lscos(%t+§j£1 <9< h<15. Do d6 muc nude cao nhat ctia kénh 12 15m dat duoc
khi cos| Zi+Z | =1 Zt+ X k2m et =—2+12k
6 3 6 3
1
Vit>0<:>—2+12k>0<:>k>g

. . 1
Chon s6 & nguyén duong nho nhat thoa k£ > p3 la k=1=1¢=10.

Mot nha thi ddu c6 20 hang ghé danh cho khan gia. Hang thir nhat c6 20 ghé, hang thir hai c¢6 21
ghé, hang thir ba c6 22 ghé,. Ctr nhu thé, sb ghé ¢ hang sau nhiéu hon s6 ghé ¢ hang trudc 1a 1
ghé. Trong mot giai thi ddu, ban t6 chirc dd ban duoc hét s6 vé phat ra va sb tién thu duoc tir ban
vé 12 70800000 dong. Tinh gi tién ciia mdi vé (don vi: ddng), biét s6 vé ban ra bang sé ghé danh
cho khéan gia ctia nha thi ddu va cac vé 1a dong gia.
Loi giai

S6 ghé & mdi hang 1ap thanh mot cip sb cong co sb hang dau u, =20, cong sai d =1. Cép s6
cong nay c6 20 sb hang.
[2-20+(20-1)-1]-20

> =
Vi 56 vé ban ra bang s6 ghé danh cho khan gia ciia nha thi d4u nén s vé ban ra 1a 590.
Vay gia tién ctia mot vé 1a: 70800000 : 590 = 120000 (dong).

---------- HET -----—-—---

Do d6, tong s6 ghé trong nha thi dau la: Sy = 590.




PE ON TAP KIEM TRA CUOI HKI
MON: TOAN 11 - BE SO: 08

I. PHAN TRAC NGHIEM (35 cdu — 7,0 di¢m)

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Ciu 6:

Cau 7:

Cau 8:

Cau 10:

N

Trén duong tron luong giac, ldy diém M L—— ——J c6 goc lugng giac (OA; OM ) c6 sb do

a+ k27 . Khi do, gid tri cia tan o 1a gia tri nao trong cac gia tri sau?

NREE B, 55 c. 35 p. Y3
11 11 5 5
Puong cong trong hinh duéi day 1a db thi cia ham sb nao trong cac ham sb sau:

Nghiém cua phuong trinh tan2x =1 la:
A.x=%+k7r(keZ). B.x=%+k%(keZ).
T /4
C.x:§+k27r(keZ). D.x=§+k47r(keZ).
Diy sb nio trong cac diy s sau day 1a day s bi chin?
A. (un),unz VneN". B. (un)’un:n+1 VneN".
n+1
C.(u,),u,=—n VneN . D. (u,),u,=n" VneN .
Cho cép sb cong (u"> véi u, = -2, d=19. Khido s6 2023 1a s6 hang thr may
A. 225 B. 226 C.224 D. 227
2 .3
Tinh gidi han L =1lim n3 3n
n +5n-2
3 1
A. L=—=. B. L=—. C.L=— D. L=0
2 5 2
342
Két qua cua lim M
x>0 3x® 4 2x° -5
A. 2. B. +oo. C. 0. D. —co.
2
Két qua ciia lim M la:
xo=e %+ x+3
A. 2. B. +oo. C. 3. D. 2.
3 2
Két qua ctia lim M la:
o= x 4+ 6x4+3
A. 2. B. +oo. C. —oo. D. 2.
Cho ham 86 y = x—Z Khi d6 ham s6 y = f(x) lién tuc trén cac khoang ndo sau day?

x> +5x+6



Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

Cau 20:

A. (-3;2). B. (-3;+). C. (—33). D. (2:3).

N e . ., ., X N X 2 X—m khleO CA
Tim tat ca cac gia tri ciia tham so thuc m sao cho ham s6 f(x) ={ Vx lién tuc

mx+2 khix <0

trén R.

A.-m=2. B. m=%12. C.m=-2. D. m=0.

Chobénhamsd f;(x)=x’-x+5, f,(x) :ix—_;,]@(x) =cosx va f;(x)=+/x —3. Hoi cb bao
x J—

nhiéu ham sb lién tuc trén tap R ?

A. 1. B. 3. C. 4. D. 2.

Mot hinh chop c6 day 1a ngii giac c6 sb mat va sé canh 1a

A. 6 mat, 8 canh. B. 6 mat, 12 canh. C. 6 mat, 10canh. D. 5 mat, 10 canh.

Cho hinh chép S.ABCD . Trong cac khang dinh sau, khing dinh nao ding?

A. Ae(SBC). B. A€(BCD). C. Ae(SCD). D. A€(SBD).

Cho hai mit phang (P) va (Q) song song v6i nhau. Ménh dé nao sau day sai?

A. Duodng thing d < (P) va d'c(Q) thi d//d'.

B. Moi duong thing di qua diém A e (P) va song song voi (Q) déu nam trong (P).

C. Néu duong thiang A ciat (P) thi A ciing cét (0).

D. Néu duong thing a < (Q) thi a//(P).

Tim ménh dé dung trong cac ménh dé sau :

A. Néu hai mat phang («) va (f) song song v4i nhau thi moi dudong thang nam trong méat phang
(o) déu song song véi miat phing (/).

B. Néu hai mit phing () va (/) song song voi nhau thi moi dudng thing nam trong mét phang
déu song song v6i moi duong thing nam trong mat phang (3).

C. Néu hai duong thang song song véi nhau 1an lugt ndm trong hai mit phiang phan biét mat
phang () va (p) thi (o) va (f) song song v4i nhau.

D. Qua mot diém nam ngoai mit phang cho trudc ta v& duoc mot va chi mot dudng thang song
song v&i1 mat phang cho trudc do.

Cho hinh lang tru ABC.A'B'C' ¢6 M , N lan luot 1a trung diém cia BB' va CC’. Goi A 1a giao
tuyén cta hai mat phang (AMN) va (4'B'C’). Khi d6

A. A||AB. B. Al AC. C. A||BC. D. A|| A4 .

Cho hinh chép S.ABCD c6 day 1a hinh binh hanh tam O, goi M, N lan luot 1a trung diém S4,
AD . Mit phang (MNO) song song véi mét phang nao sau day?

A. (SBC). B. (S4B). C. (84D). D. (SCD).

Trong khong gian cho hinh hop chit nhat ABCD.A'B'C'D". Goi O,0' lan luot 1a tAm cua hai
day ABCD,A'B'C'D'. Khi d6 c6 bao nhiéu hinh lang tru day tam gidc c6 dinh la dinh cua hinh
hop chit nhat va hai diém 0,0'?

A. 6. B. 8. C. 10. D. 12.

Khing dinh nao sau day 1a dung?
A. Hinh biéu dién ctiia mot hinh binh hanh 13 mot hinh binh hanh.
B. Hinh biéu dién cua mot hinh chir nhat 1a mot hinh chir nhat.



Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

C. Hinh biéu dién ctia mot hinh vudéng 1a mot hinh vuéng.

D. Hinh biéu din ciia mét hinh thoi 1a mét hinh thoi.

Bénh xe mdy c6 dudng kinh ké ca 16p xe 55 cm. Néu xe chay v6i van toc 40 km/h thi trong mot
giay banh xe quay dugc bao nhiéu vong?

A. 3. B. 2. C. 3,2. D. 2,2.

Cho hai goc «, f théa man sina:%, (%<(X<7Zj va cosﬂ:%, (0<ﬂ<§j. Tinh gia tri

dung cua cos(a - ).
e B. -1 c. p. -6
65 65 65 65
Hing ngay muc nudc cta con kénh 1én xubng theo thiy triéu. D6 sdu h cia muc nudc trong kénh tinh

theo thoi gian t dugc cho boi cong thuc /7 =3 cos(%t + %) +14 . Khi ndo myuc nudc cia kénh la cao

nhét v6i thoi gian ngén nhat?

A. 9 B. 14 C. 16. D. 19

Diy sb nio trong cac diy s sau day 1a day s bi chin?

A (u,),u,= " VneN'. B. (u,),u,=n+1 VneN".
n+l

C.(u,),u,=-n VneN . D. (u,),u,=n" VYneN .

Mot doi hinh van nghé c6 15 hang, hang dau tién c6 9 hoc sinh, mdi hang sau hon hang trudc 5
hoc sinh. Ho1 dgi van nghé c6 tat ca bao nhiéu hoc sinh?

A. 600. B. 330. C. 1320. D. 660.
. 2 u, = . . .
Cho cép s6 nhan (u,) xéc dinh boi { .. S0 3072 1a s6 hang thtr may.
u,,=—2u,VneN
A. 9. B. 10. C.12. D. 11.
Cho day s6 (u,) véi u, Ll 1 . Tinh limu,.
1335 7 (2n-1).(2n+1)

A. l B. 0. C. 1. D. l

2 4
Tinh gi¢i han T = lim(\/l 6" +4" —\J16"" +3" )
A T=— B. T=— C.T=0 D.T=1

8 16 4
3/ 2
Tinh 11mM.
x—0 X

AL B. L. c.l p. L.

12 4 3 6

& o oo (12
Chon két qua dung cta lim| ———
x=0"\ x X

A. —1. B. +o. C.0. D. —o0.

Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi 7 1a trung diém SA . Thiét dién
cia hinh chép S.4ABCD cit béi mit phang (/BC) la:

A. Tam giac IBC..

B. Hinh thang ZJCB (J la trung diém SD).



Cau 32:

Cau 33:

Cau 34:

Cau 35:

C. Hinh thang /GBC (G la trung diém SB).

D. Tt giac IBCD.

Cho hinh tir dién ABCD ¢6 M , N lan luot 1a trung diém ciia 4B, BD. Cac diém G, H lan
luot trén canh AC, CD sao cho NH cit MG tai I . Khing dinh nio sau day 1a khing dinh dung?
A.A4,C, 1 théng hang. B.B,C, I théng hang.

C.N,G,H théng hang. D.B,G, H théng hang.

Cho ti dién 4BcD. Goi 1,7 1an luot 1a trong tdm cac tam giac ABC va ABD. Chon khéng dinh
dung trong cac khang dinh sau?

A. IJ song song v&i CD. B. 17 song song voi AB.

C. I chéo ¢D. D. IJ cit 4B.

Cho hai hinh binh hanh ABCD va ABEF nam trong hai mit phang khac nhau lan luot c6 tim
O va O'. Ménh dé nao sau day sai?

A. 00'//(ADF). B. 00'//(BCE). C. 00'//(ACE). D. OO0'//(DCEF).

Cho hinh chop tir giac S-ABCD  Goi 1, J, K 14n luot 12 trong tAm cua cac tam giac 4BC | SBC

va SAC  Trong c4c khing dinh sau, khing dinh nao diing?
A. (IJK)//(SA4B). B. (LJK)//(8S4C).  C.(WJK)//(SDC). D.(1LJK)//(SBC)

II. PHAN TU LUAN (3,0 diém)

Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cho ham sb y = f(x) c6 gi6i han hitu han tai x=-1 va thoa man lim =—5——==2. Tinh
x>-1  x

f(x)+3
-1

. J(x)+7 =321 (x)+14 |

x>l X +x’

Cho hinh chép S.ABCD c6 ddy ABCD 14 hinh binh hanh. Goi M , P lan lugt 1a trung diém

cta cac canh SA va SC.Piém N thudc canh SB sao cho i—]l\; :g. Goi Q la giao diém cua

canh SD va mit phang (MNP). Tinh ty sb i_lQ)

Mot tdm bia (phén ké) 1la mot phﬁn cua hinh tron. Ban Binh do dugc d6 dai doan théng
AD =10cm , khoang cach IE =3cm véi I 1a trung diém ctia 4D va IE L AD . Hoi d6 dai cung

tron AD bing bao nhiéu?

Cong ty A ki hop dong voi anh Binh dé 1am viéc cho cong ty trong 12 thang véi qui udc théang
dau tién anh Binh s& duoc nhan sb tién 1a X dong. Sau d6 mdi thang cong ty s& ting thém cho
anh Binh 250.000 dong vao s6 luong cuia thang trude. Dong thoi cong ty nay tra trudc cho Binh
téng sd tién lwong 12 thang lam viée 12 196.500.000 dong. Nhung khi 1am viéc dén hét thang thir
mudi thi do ban viéc nén anh Binh xin nghi viéc. Hoi anh Binh phai tra lai cong ty bao nhiéu tién
néu cong ty van dong y tra luong cho anh trong muoi thang lam viéc theo thoa thuan ban dau?






HUONG DAN GIAI CHI TIET

I. PHAN TRAC NGHIEM (35 cdu — 7,0 diém)

Cau 1:

Cau 2:

Cau 3:

B

Trén duong tron luong giac, lay diém M L—T ——J coO goc lugng giac (OA; OM ) c6 sb do

a+k27 . Khi do, gia tri cia tana 1a gia tri nao trong cac gia tri sau?

RS B, 55 c Y35 p, Y35
11 11 = 5 5
Loi gidi
V5 V1

Diém M[T —TJ c6 goc luong gide (O4;0M ) ¢6 sb do a+k2x . Khi do, gia tri cla
v _ Vil ﬁ _s5
X, 4 4 5

Puong cong trong hinh dudi day 1a do thi cua ham s6 nao trong cac ham so sau:

tana =

A. y=sinx. B y—cos2x

Loi gidi
Do d6 thi ham sb ddi xung qua géc toa d0 O nén ham sd 1¢. Vay loai cac dép an B va D, chi c6
thé 1a dap 4n A hoic C.

Nhan théy ham sb tuan hoan chu ki 7 nén loai dap an A, chon dap an C.
Nghiém ctia phuong trinh tan2x =1 la:

T T T
A. x="+kr(keZ). B. x="+k
b 2 7[( € ) B. x 2 5

(keZ).
C. x:%+k27r (keZ).D. x:%+k47r (keZ).

Loi giai
Ta c6: tan2x = 1<:>2x—z+k7r<:>x—§+k (keZ)
Diy sb nao trong cac diy sb sau day 1a day sb bi chin?
a (un)’u"=n+1

C.(u,),u,=—n VneN . D. (u,),u,=n" VneN".

VneN'. B. (u,),u,=n+1 VneN".

Loi giai

<1;VneN" nén

Xét day (u,),u, = " _.VneN'. Ta c¢6 O<n<n+1;VneN =0<
n+1 n+l

0<u, <1;¥neN". Suyraday sb (u,) bi chin.

Xétday (u,), u, =n+1;VneN tacé u,=n+122;VneN nénddysod (u,) bi chin dudi.
Xétday (u,), u, =-n;VneN tacd u,=-n<-1;Vne N nénddy sd (u,) bi chin trén.
Xétday (u,), u,=n";VneN" tacd u, =n"21;Vne N nén day sé (u,) bi chin dusi.



Cau 5:

Ciu 6:

Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cho cép sb cong (un> Vol u, = —2, d = 9. Khi d6 sb 2023 1a sb hang tha méy

A. 225 B. 226 C.224 D. 227
Loi giai

Theo cong thirc s6 hang tong quat cua u, tacod

u, =u +(n—1)d & 2023 = -2+ (n—1)9

& n =226
Vay s6 2023 1a s6 hang thtr 226.
n® —3n’
Tinh giéi han 2n +5n-2
AL=-2 B. L=t C. L=t D. L=0,
2 5 2
Loi giai
1
2 3 *_3
Lzlim%:ﬁm n _3
2n" +5n—2 ) 5 2 2
Tty
n- n
2 3 3
Gidi nhanh; > 2% 7 _ 3
2n"+5n-2 2n 2
342
Két qua ciia limw la:
o= 3x° +2x° =5
A. 2. B. +oo. C. 0. D. —o.
Loi giai
2 7 +11
S S at s
Taco: lim 2o X @ a2 0
i 3x0 +2x° =5 xo—o 3 2 5 3
T %
X x
2
Két qua ciia lim # la:
oo x” +x43
A. 2. B. +o. C. 3. D. 2
Loi giai
3
2 2-—
Taco lim —> > = lim —X—=2.
x>0 x4 x4+ 73 x~)+001+7+72
X X
3 2
Két qua ciia lim w la:
o x4+ 6x+3
A. 2. B. +o. C. —oo. D. 2.
Loi giai
5 3
3 2 2_,_7_72
Tacor lim 222 73 i x. IX-o
oo x4+ 6x+3 o 14242
X X

\ A - 2 . r \ A [N A , 5 \ A
Cho ham s6 y =— al Khidohamso y=f (x) lién tyc trén cac khodng nao sau day?

X +5x+6



Cau 11:

Cau 12:

Cau 13:

Cau 14:

A. (-3;2). B. (=3;+00). C. (—33). D. (2;3).

Loi giai
oL . . x#-3

Ham s6 c6 nghia khi x” +5x+6#0 < .
x#-=2

Vay theo dinh li ta c6 ham s6 f(x)=— i lién tuc trén khoang (—o0;-3);(-3;-2) va
X +5x+6

(—2;400).

. . . - ix>
Tim tat ca cac gia tri cia tham so thuc m sao cho ham s6 f'(x)= 2x—m khix>0 lién tuc
mx+2  khix<0
trén R.
A.m=2. B. m=12. C.m=-2. D. m=0.

Loi giai
Trén khoang (0;+o0) ham sd f(x)= 24/x —m 1a ham sb lién tuc.
Trén khoang (—0;0) ham s6 f (x)=mx+2 1a ham sé lién tuc.
Taco lim /(x)= lim (2Vx —m)=—m=7(0) va lim f (x) = lim (mx+2)=2.

Ham s f(x) lién tuc trén R khi va chi khi
}g})lf(x):}g})lf(x):f(O) S-m=2&m=-2.

7 , = 3 —_ —1 = = —
Cho bén ham 6 /1 (¥) =X =X+5 (1) _ 3 z,fs(x) cosx s fi(x)=x=3
x —
Hoi ¢6 bao nhiéu ham s lién tuc trén tap R ?
A. 1. B. 3. C.4. D. 2.
Loi giai

3x-1
f 5 va f,(x)= Jx =3 ¢6 tap x4c dinh khong phai 1a tip R nén
x —

* Ta c6 hai ham s6 f, (x)=
khong thoa yéu cau.
* Cd hai ham s f;(x)=x"—x+5 va f;(x)=cosx déu cé tAp x4c dinh 1a R nén hai ham s6 d6
lién tuc trén R .
Mot hinh chop c6 day 1a ngii giac c6 sb mat va sé canh 1a
A. 6 mat, 8 canh. B. 6 mat, 12 canh. C. 6 mat, 10canh. D. 5 mat, 10canh.
Loi gidi
Hinh chép c6 déy 1a ngii giac co:
* 6 mat g@)m 5 mat bén va 1 mat day.
* 10 canh gém 5 canh bén va 5 canh day.
Cho hinh chép S.ABCD . Trong cac khang dinh sau, khing dinh nao ding?

A. Ae(SBC). B. Ae(BCD). C. Ae(SCD). D. Ae(SBD).

Loi giai



Cau 15:

Cau 16:

Cau 17:

RE

Taco Ae(BCD).
Cho hai mit phang (P) va (Q) song song v6i nhau. Ménh dé nao sau day sai?
A. Puong thang d = (P) va d'c(Q) thi d//d'.
B. Moi dudng thang di qua diém 4 e (P) va song song v6i (Q) déu ndm trong (P).
C. Néu duong thang A cét (P) thi A ciing cét (Q).
D. Néu duong thing a < (Q) thi a//(P).

Loi giai
Puong thang d = (P) va d’ = (Q) thi d//d’ 1a ménh d¢ sai.
Hai duong thang d va d’ con c6 thé chéo nhau.
Tim ménh dé dung trong cac ménh dé sau :
A. Néu hai mit phang (&) va (/) song song vi nhau thi moi dudng thang nam trong mit phang
(o) déu song song v6i mit phang (f).
B. Néu hai mit phang (&) va () song song véi nhau thi moi dudng thang nam trong mit phang
déu song song v6i moi dudng thang ndm trong mit phang (5).
C. Néu hai duong thiang song song v6i nhau lan lugt nam trong hai mit phang phan biét mit
phang () va (B) thi (a) va (f) song song v&i nhau.
D. Qua mdt diém nim ngoai mat phing cho trude ta v& duoc mot va chi mot dudng thing song
song v6i mit phing cho trude do.

Loi giai
Cho hinh lang truy ABC.A'B'C' c6 M , N lan luot 1a trung diém cua BB' va CC'.Goi A 1a giao
tuyén ctia hai mit phing (AMN) va (A'B'C"). Khi do
A. A||AB. B. A|l AC. C. A||BC. D. AJ| 4A4".

Loi giai




Cau 18:

Cau 19:

Cau 20:

Taco MN||B'C', MN < (AMN), B'C' < (A'B'C") va (AMN)N(A'B'C')=A nén A||B'C’.
Ma B'C'||BC nén A||BC.
Cho hinh chép S.ABCD c6 day 1a hinh binh hanh tam O, goi M , N lan luot 1a trung diém S4,

AD . Mit phang (MNO) song song véi mét phang nao sau day?
C. (84D).

Loi giai

A. (SBC). B. (S4B). D. (SCD).

Chon D

Vi MN la duong trung binh cua tam giac SAD = MN //SD.
Tuong tu ON la dudng trung binh cua tam giac ACD = ON / /CD.

MN //SD, ON / /CD
Ta c6 {MN < (MNO),ON < (MNO)= (MNO)//(SCD).

SD < (SCD),CD < (SCD)
Trong khéng gian cho hinh hdp chit nhat ABCD.A'B'C'D'. Goi 0,0' lan luot 13 tAm cua hai
day ABCD,A'B'C'D'. Khi do6 c6 bao nhiéu hinh lang try day tam giac c6 dinh 1a dinh cta hinh
hop chit nhat va hai diém 0,0'?

A. 6. B. 8. C. 10. D. 12.
Loi giai

B c
0

A i i D
ﬁ _______ HE o

--------------- T
A -

Tir hinh v& ta xac dinh dugc c¢6 8 hinh ling tru ddy tam giac thoa yéu ciu bai toan 1a
ABO.A'B'O',BCO.B'C'O',CDO.C'D'0O',DAO.D'A'0O"',ABC.A'B'C",BCD.B'C'D",
CDAC'D'A',DAB.D'A'B'. Chon B

Khing dinh nao sau day 1a dung?

A. Hinh biéu dién cia mot hinh binh hanh 1a mot hinh binh hanh.

B. Hinh biéu dién ctia mot hinh chit nhat 1a mot hinh chit nhat.

C. Hinh biéu dién ciia mot hinh vuéng 1a mot hinh vudng.



Cau 21:

Cau 22:

Cau 23:

Cau 24:

D. Hinh biéu din ctia mot hinh thoi 1a mét hinh thoi.
Loi giai
Céc phuong an B, C sai vi phép chiéu song song khong bao toan goc. Phuong an D sai vi phép
chiéu song song chura chic bao toan ti s6 hai doan nam trén hai duong thiang cét nhau.
Bénh xe mdy c6 dudng kinh ké ca 16p xe 55 cm. Néu xe chay v6i van toc 40 km/h thi trong mot
gidy banh xe quay dugc bao nhiéu vong?
A. 3. B. 2. C. 3,2. D. 2,2.
Loi giai
Ta co 40 km/h :@ cm/s.
1 vong banh xe c6 chiéu dai 1a 110m cm.

S6 vong banh xe quay duoc trong 1 gidy 1a 0000

:(110m) = 3,2.

Cho hai goc «, f théa man sina:%, (%<(X<7Zj va cosﬂ:%, (0<ﬂ<§j. Tinh gia tri

dung cua cos(a— ).
16 5 18 o I8 b 16

.E. . 65 .g. . E
Loi giai

. 5 (# ) 5 12
Ta co: sma:E, E<0{<7r nén cosa =—,|1-| — | =——.

3 T . 3\ 4
==,|0<f<—|né = 1-|=| ==.
cos 3 s ( Jij 2jnensmﬂ (5) .
)

cos(x—pf)=cosacos f+sinasinff =——.—+—.—=——.
(a=$) p p 135 135 65
Hing ngay muc nudc cta con kénh 1én xubng theo thiy triéu. D6 sdu h cia muc nudc trong kénh tinh

4 16

theo thoi gian t dugc cho boi cong thuc /4 =3 cos(%t + %) +14 . Khi ndo muc nudc cia kénh la cao

nhét v6i thoi gian ngén nhat?

A. 9 B. 14 C. 16. D. 19
Loi giai

Ta c6 -3 S3cos(%t+%)s3<:>1133005(%+%)+14£17 e11<h<17

Max h=17 < cos(er Dy =1 ZLi Z _jog e 1= —3+12k
6 4 6 4
Thoi gian ngén nhat ¢t =-3+12=9

Diy sb nio trong cac diy s sau day 1a day s bi chin?

A (u,),u,= _ VneN'. B. (u,),u,=n+1 VneN".
n+1
C.(u,),u,=—n VneN . D. (u,),u,=n" VneN".
Loi giai
Xét day (u,),u, = " _WneN. Ta ¢6 O<n<n+l;VneN =0<—<1;VneN" nén
n+l n+l

0<u, <1;¥neN". Suyra day sb (u,) bi chan.



Xét day (u,),u, =n+1;¥neN tacd u,=n+1>2;YneN néndiysb (u,) bichan dudi.
Xétday (u,),u,=—n;VneN taco u,=-n<-1;YneN nénday ) (u,) bi chan trén.
Xét day (u,),u,=n";¥neN tacd u,=n’>1;¥ne N nénddy s (u,) bi chin dudi.
Cau 25: Mot doi hinh van ngh¢ c¢6 15 hang, hang dau tién c6 9 hoc sinh, mdi hang sau hon hang trudc 5
hoc sinh. Ho1 dd1 van nghé c6 tat ca bao nhiéu hoc sinh?
A. 600. B. 330. C. 1320. D. 660.
Loi giai
Coi cach sap xép doi hinh thanh mét cap sé cong véi u,=9,d=5.

. . 15
Tong so hoc sinh tham gia van nghé 1a S| =u, +u, +-+-+u;s = ?.(2.9+14.5) =660.

. u =3 . . .
Cau 26: Cho cap sb nhan (u,) x4c dinh boi | ' .. S0 3072 1a s6 hang thtr may.
u,,=—2u,vneN
A9, B. 10. C.12. D. 11,
Loi giai

\ .y <A * u
Tu gia thiét u,,, =—2u,,VneN = g=—1=-2
u

n

Ap dung cong thuc tong quat ctia cap s6 nhan u, =u.q"",Vn>2

Taco: 3072=3.(-2)" & (-2)" =(2)" @n-1=10=n=11

Ciu27: Cho day sb (u,) v6i 1, =——+—— 4.+ : . Tinh limu,.
1335 " (2n-1)(2n+1)
AL B. 0. C.1. p. L
2 4
Loi gidi

1o ! (1 1.1 1 1

Taco: u, ==+ + — | o=t -
35 7 (an-1)(2n+1) 2\1 3 3 5 7 2u-1 2n+l

1.3
( 2n+lj 2n+1
1

Suyra: limu, =lim =—.
2n+1 2

T zlim(\/16”“ +4" — 16" +3”)

Cau 28: Tinh gidi han

A T=1 B. 7= C.T=0. D.T=—
8 16

AN

Loi giai

4" _3"
J16™ +4" 416" +3"

(3
4" —3" . 4 1 1

=lim = lim = =—.

JV16.16" +4" +416.16" +3" 1Y 3\ 4+4 8
16+ 2 +,/16+ 2

Tacd T = lim(\/16”” +4" —A16" +3) — lim




V8+x* -2

lim 5
Cau 29: Tinh *° X
A'i B.l C.l D.l
12 4 3 6
Loi giai
3 2 _ 2 _
Ta co: lirr(} 8+)§ 2:111% 8+x" 8 _
x> x—> 2
X x2(3(8+x2) +238+x2+4)
) 1 1
N lm(} 2 TS
JB+x) +2Brx 44 12
n I . 1 2
Cau 30: Chon két qua dung cua hrg; ———
X—> x x
A. L B. +o. C.0. D. —o.
Loi giai
. 1 2 ) -2
Ta co hm(—z——J:hmx —.
x=0"\ X X x=0" X
lim (x—2)=—2<0
x—0" 1 2
Khi do < limx’ =0 :>1im(—2——3j=+oo_
x—0" x—=0"\ x X

¥’ <0khi x>0
Céu 31: Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi I 1a trung diém SA . Thiét dién
cia hinh chép S.4BCD cit béi mit phang (/BC) la:
A. Tam giac IBC..
B. Hinh thang IJCB (J la trung diém SD).
C. Hinh thang IGBC (G 1a trung diém SB).
D. Tt giac IBCD.

Loi giai
S

Goi O 1a giao diém cua AC va BD, G la giao diém cua CI va SO.
Khi d6 G 1a trong tdm tam gidc SAC . Suyra G la trong tdm tam giac SBD.
Goi J =BG SD.Khid6 J la trung diém SD .
Do dé thiét dién ctia hinh chép cdt boi (/BC) 1a hinh thang LJCB (J 1a trung diem SD).

Cau 32: Cho hinh tir dién ABCD ¢6 M , N lan luot 1a trung diém ciia 4B, BD. Cic diém G, H lan
luot trén canh AC, CD sao cho NH cit MG tai I . Khang dinh nio sau day 1a khing dinh dung?
A. A, C, I thanghang B. B, C, I thing hang.



C. N, G, H thing hang, D. B, G, H thang hang.
Loi giai

Do NH cit MG tai I nénbéndiém M,N,H,G cing thujc mit phang (a). Xét ba mit phing
(a)N(4BC)=MG
(ABC), (BCD), () phén biét, dong thoi {(a)N(BCD)=NH ma MGNNH =1
(4BC)(BCD) = BC
Suyra MG, NH, BC dong quytai / nén B, C, I thang hang.
CAu 33: Cho tir dién 4BcD. Goi I,J lan luot 1a trong tdm cac tam giac ABC va ABD. Chon khéng dinh
ding trong cac khang dinh sau?

A. IJ song song v&i CD.. B. I/ song song v&i 4B..
C. I/ chéo cD.. D. I/ cit 4B.

Loi giai

Goi M, N lan luot 1a trung diém cua BC, BD.
= MN la duong trung binh cta tam giac BCD = MN //CD (1)

AL_ 42

1,J lan luot 1 trong tim céac tam giac ABC va ABD = =
AM AN 3

= IJ || MN (2)

Tur (1) va (2) suyra: LJ || CD..

Céu 34: Cho hai hinh binh hanh ABCD va ABEF nam trong hai mit phang khac nhau 1an luot c6 tim
O va O'. Ménh dé nao sau day sai?
A. 00'//(ADF). B. 00'//(BCE). C. 00'//(ACE). D. 00'//(DCEF).

Loi giai



bép an A ding vi
OO0'/IDF

DF < (ADF) = 00'//( ADF)
OO' & (ADF)
bép an B dung vi

OO'//IEC

EC < (BCE) = 00'//(BCE)
OO' & (BCE)

Dap an C sai vi 00'<(ACE)

Dap an D ding vi

OO0'//EC

EC c (DCEF) ; = 00'//(DCEF)
00" ¢ (DCEF)

Cau 35: Cho hinh chop tir giac S-ABCD  Goi 1, J, K 14n lugt 14 trong tm cua céc tam giac ABC | SBC

va SAC Trong céc khang dinh sau, khing dinh nao diing?
A. (IJK)//(S4B). B. (LK)//(SAC).  C.(LJK)//(SDC). D. (LJK)//(SBC)

Loi giai

Goi M, N lan luot a trung diém cua canh AC va BC.

Do 7, K lan luot la trong tam cua AABC, ASAC nénta cod MK = M = 1 = IK// SB
MS MB 3



IK/ISB
Tac IK « (SAB) = IK//(SAB).

AB = (S4B)
Ching minh tuong tw : J//(SAB).
Ta co:
IK // (SAB)
1J//(SAB
(548) = (IJK)//(SAB).
Trong (IJK): IKN1J = {I}

II. PHAN TU LUAN (3,0 di¢m)

. +3
Cau 36: Cho ham s6 y=f(x) c6 gi6i han hitu han tai x=-1 va thoa man 112%: 2. Tinh
X—> X —

. JF(x)+7 =321 (x)+14 |

x—>-l X +x

Loi gidi
Néu lim f(x)#-3 thi lim[ £ (x)+3]#0 va lim (»* ~1)=0.

x—>—1 x—>—1

Khi d6 lim f(x)+3 khong thé hitu han. Do d6, lim f (x)=-

! x2_1 x—-1

Ta c6: lim\/f(x)+73_%/22f(x)+l4 [\/7” 2 {/m 2}
x—>=1 X +x P 1x

= lim f(x)+3 _ 2f(x)+6

e xz(x+1)[ f(X)+7+2} x2(x+1)[,3/(2f(x)+14)2+2W+4_

i | S(0)43 x-1 2(x-1)

i h I xz.(mjuz) (m 2{/m+4j

(2 4 1
242 4+4+4 3
Cau 37: Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi M , P lan lugt 13 trung diém

cta cac canh SA va SC.Piém N thudc canh SB sao cho i—]l\; :g. Goi Q la giao diém cua

canh SD va mit phang (MNP). Tinh ty sb i_lQ)

Loi giai



Cau 38:

Goi O 1a giao diém ciia AC va BD, I 1a giao diém cua MP va SO thi O 1a giao diém ctia NI
v6i SD. I 1a trung diém cua SO .

bat S—D:x.DO 250 =SB+ SD nén 4:S’7=2§]V+x§é:>x:4—i:§.
SO 2 2 2
vy 522
SD 5

Mot tdm bia (phﬁn ké) 1a mot phén cua hinh tron. Ban Binh do duwoc d0 dai doan théng
AD =10cm , khoang cach IE =3cm véi I 1a trung diém cua AD va IE 1 AD . Hoi do dai cung
tron AD bang bao nhiéu?

1
A. oD
E
Loi giai
(0]
A ’

E
Goi Ola tam hinh tron chira manh bia. Khi d6 ID =5cm . Do tam gidc OID vudng tai / nén

ta c6 phuong trinh: (3-1—01)2 =0’ +5° <:>0]:§Z>R:3+§:%.

Trong tam giac vuong OID ta c6:

sinE/OTJzgzizﬁzcosA/07):cos(2.E/07)):l—23in2E/'(-)T)
R 17 17
3
2
1516l

.F— 2_89: 14/07) z2,16rad



Cau 39:

Vay d6 dai cung tron AD1a: [ = %.2,16 ~12,24cm.
Cong ty A ki hop ddng voi anh Binh dé 1am viéc cho cong ty trong 12 thang voi qui ude thang
dau tién anh Binh s& duoc nhan s tién 13 X dong. Sau d6 mdi thang cong ty s& ting thém cho
anh Binh 250.000 déng vao sb luong cia thang trude. Pong thoi cong ty nay tra trude cho Binh
tong sb tién lwong 12 thang 1am viéc 1a 196.500.000 ddng. Nhung khi lam viéc dén hét thang thi
mudi thi do ban viéc nén anh Binh xin nghi viéc. Hoi anh Binh phai tra lai cong ty bao nhiéu tién
néu cong ty van dong ¥ tra lwong cho anh trong muoi thang lam viée theo thoa thuan ban dau?
Loi giai
Ta thay s6 tién luong hang thang ma anh Binh nhan dugc tir cong ty A lap thanh mot cap sd
cong (u,). Trong d6 u, = X ddng 12 sb tién thang lwong du tién ma anh Binh duoc nhan va
cong sai d =250.000 dong.
Vi cong ty nay tra trude cho Binh tong so tién luvong 12 thang 1am viéc 1a 196.500.000 dong
12[ 2u, +(12-1)d | 12(2u, +11x250.000)
=196.500.000 =
2 2
Tong sb tién theo thoa thuan ma anh Binh nhan dugc trong 10 thang la:

o _10[2u+(10-1)d ] _ 10[2x15.000.000 +9x250.000]
10 2 2
Viy sb tién anh Binh phai tra lai cong ty 1a: 196.500.000—161.250.000 = 35.250.000 dong.

= u, =15.000.000 dong.

nén S, =

=161.250.000 dong.




PE ON TAP KIEM TRA CUOI HKI
MON: TOAN 11 - BE SO: 09

I. PHAN TRAC NGHIEM (35 cdu — 7,0 di¢m)
Cau 1: Trén duong tron lugng gidc

A'-1;0) A(1:0)

B(0;-1)
Trong cac s6 do duge cho bén dudi, s do ndo 1a s do clia goc lugng giac (04,0B')?
Sr kY4 RY/1

A E B. X, c. -2~ p. Z.
2 2 2 2

Cau 2: Trong cac ham s sau ddy, ham s6 nao 13 ham s6 chan?
A. y=tan4x. B. y=cos3x. C. y=cot5x. D. y=sin2x.

A X . A . . LT,
Cau 3: Tat ca cac nghiém cia phuong trinh sinx = sm? la

x:%+k27r =" rkor
A. i (keZ). B. ; (keZ).
X=——+k2x x="Ziion
3 L 3
x—§+k7r
C.x=Z+kr (keZ). D. (keZ).
3 2r
xX=—m+knm
L 3
. n*—1
Cau4: Cho day so (un) co u, =—; Tinh u,
n+1
1 2 3 4
A. u2=§. B. u2=g. C. Z/lz:g. D. I/lzzg.
Cau5: Trong cac diy sb sau, ddy nao 1a cip sé nhan?
A u,=(-1)"n B.u, =n’ C.u, =2" D. u, :3%
Chu 6:  Gia trj clia gi6i han 1im2‘—3 la:
4n” -2n+1
A. —i. B. —o. C.0. D. -1.
4
Cau7: Tinh gi6i han L =lim(3n" +5n-3).
A. L=3. B. L =—w. C. L=5. D. L =+co.

X—>—00 2 4

Cau 8: Giatricia lim (i—i—lJ bang
X X



Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

A. —1. B. 2. C.0. D. -3.
Gidi han lim3x c6 gi tri biang bao nhiéu?

x—1
A. 0. B. -2. C.3. D. —1.
Ham s6 y = gian doan tai diém nao dudi day?
2x+4
A. 2. B. 1 C. 4. D. 2.
2
Cho ham s y = 2x—+1 . Khi d6, ham sb lién tuc trén khoang nao duéi day?
x“+5x+4
A. (-3;2). B. (—0;3). C. (-5;3). D. (—1;+).

m*+mx—2 khi x#1 _ 2 L , £ 2
. Tinh tong céc gié tri tim dugc cia tham so mde

Cho ham sé f () :{

0 khi x =1
ham s lién tuc tai x =1
A. 1. B. 1 C. 4. D. 2.
Mot hinh chép c6 day 1a mot ngii gidc ¢ sé mit va sd canh 1an lugt 14
A. 5mit, 5Scanh. B. 6mit, 5 canh. C. 6 mat,10 canh. D. 5mat,10 canh.
Cho hinh chép S.4BCD . Giao tuyén clia mit phing (S4B) va mit phing (SAD) 1a dudng thing
A. S4. B. SB. C. 85C. D. SD.

Ménh dé nao sau day 1a ménh dé ding;

A. Néu hai mit phang phan biét cing song song véi mot duong thang thi hai mat phing dé song
song v&i nhau.

B. Néu hai dudng thang phan biét cing song song véi mot mit phang thi hai dudong thang do
song song v&i nhau.

C. Néu hai mit phang phan biét cting song song v6i mot dudng thing thi giao tuyén cta hai mit
phang d6 ciing song song voi dudng thang.

D. Néu mot mit phang song song voi mot trong hai dudng thing song song véi nhau thi no ciing
song song v&i duong thang con lai.

Qua mot diém cho trudc ndm ngoai mit phing co bao nhiéu duong thang di qua diém do6 va song
song v6i mit phiang di cho:

A. Maét. B. Hai.
C. Khong c6 duong nao. D. C6 v6 s6 dudng.
Cho hinh hop ABCD.A'B'C'D' . Khiang dinh nio sau ddy dung?
A. BC'||(ACD). B. BC'||(4B'4'). C. BC'||(CDD'). D. BC'||(ACD'").
Cho hinh hép 4BCD.A'B'C' D' nhu hinh v&. Mit phang (BCC") D’ C
song song voi mit phiang nao sau day? o II .
/

A. (DC'D'). B. (CDA4'). /

(pcD) (coa) )
C. (A'DD'"). D. (A'C'A). /

(4DD) (4C) |

A B

Cho hinh ling truy ABC.4'B'C’. Khing dinh nao sau day 1a dung:
A. Cac mdt bén cua lang tru 1a cac hinh binh hanh.
B. Cac mat bén cua lang tru 1a hinh chir nhat.



C. Céc mat bén cua lang tru l1a hinh vudéng.
D. Hai day cua ling tru 1a cac tam giac déu.
Cau 20: Trong cac ménh dé sau, ménh dé nao sai?
A. Hinh chiéu song song ctia hai duong thang song song c6 thé tring nhau.
B. Mot duong thang ludn cét hinh chiéu song song cua né.
C. Hinh chiéu song song cua hai duong thang cit nhau thi cit nhau hodc tring nhau.
D. Mot dudng thing co thé song song hodc trung véi hinh chiéu song song ciia nd.

Cau 21: Cho COSC(=—§;%<0{<7Z' thi sin2¢ bang

A 24 B. 24 c. 4. p. 4,
25 25 5 5
.2 3—4cos2a+cos4d .
Cau 22: Rut gon bicu thirc 4 = COS2ATCOSTA duogc két qua nao sau day
3+4cos2a+cosda
A. cot'a. B. tan*a. C. 1. D. cos2a.
Céau 23: Timchuki 7 ciahamsb y= 35in(5x—%j .
AT=Z. B.7=3%. c.r=-2%. p. 7=
3 5 3 5
Cau 24: Cho diy sb (un) véi u, = i ,Vn e N’ . Khang dinh nio sau day la dung?
n+
A. Day s0 bi chan trén bdi s6 M = —g. B. Day s0 bi chan dudi bois6 M =3.
~ A . - 7 5 A 1 ~ A . - A 0 A 1
C. Day s06 bi chan dudi bdi s6 M = g D. Day s0 bi chan trén bdi s6 M = g

Céu 25: Mot chiéc dong hd danh chudng, sb tiéng chudng dugc danh bang sé gio ma dong ho chi tai thoi
diém danh chuong. Hoi mot ngay déng hd dé danh bao nhiéu tiéng chudng bao gid
A. 120. B. 78. C. 156. D. 24.

Cau 26: Ngay du tién cta vu thu hoach na, mot vua na thu hoach dugc 50kg na. Mdi ngay tiép theo, khoi
luong na thu hoach dugc ting gép ddi so v6i ngay trude d6. Tong khdi lugng na ma vya na thu
hoach dugc sau 7 ngay la
A. 3150kg. B. 6350kg . C. 4250kg. D. 5150kg.

142422 +...42"

Cau 27: Tim gi61 han sau lim 5
1+3+3 +...+3"

A. 0. B. 2. C. 1. D. i
2
1
u = E
Céu 28: Cho ddy sb co gii han x4c dinh bai: 1 . Tinh gia tri cua limu, .
un+l = s N 2 1
2-u,
1
A. 0. B. 1. C. 1. D. —.
2
[3, 2 1 .
Cau 29: Giatricia lirr(}ijx—z+11 bang
X X
A. 1. B. % C. -1 D. 0



Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

VI=x—=+/1+x

-1<x<0
Cho ham s6 f(x)= X . Tinh lir%f(x).
iy x>0 -
1+x
A. 1. B. -1.
C.2. D. Khéng ton tai gidi han.

Trong mp(a), cho bén diém 4, B, C, D trong d6 khong co ba diém nao thang hang. Piém

S & mp (). C6 miy mit phang tao béi S va hai trong s6 bén diém noi trén?

A. 4. B. 5. C.6. D. 8.

Cho ttr dién ABCD. G la trong tm tam giac BCD. Giao tuyén ctia hai mat phang (ACD) va
(GAB) la:

A. AM , M latrung diém AB . B. AN, N latrung diém CD.

C. AH, H 14 hinh chiéu cia B trén CD. D. 4K, K 13 hinh chiéu ciia C trén BD.

Cho hinh chép S.ABCD c6 day ABCD la mét hinh thang v6i day 1on AB . Goi M, N lan luot
1a trung diém cua S4 va SB. Goi P 1a giao diém ciia SC va (ADN), I 1a giao diém ctia AN
va DP. Khang dinh nao sau day 1a ding?

A. SI song song voi CD. B. ST chéo véi CD.

C. SI catvéi CD. D. SI trung v6i CD.
Cho hinh chop S.ABC. Goi M, N lan lugt 1a trung diém ciia cac canh SB, SC . Trong cac khing

dinh sau, khang dinh nao dung?

A. MN //(ABC). B. MN //(SAB). C. MN//(SAC). D. MN //(SBC).

Cho hinh chép S-ABCD ¢4 ABCD |3 hinh chit nhat tim O. Tam gidc ASAD déu va nim trong
mit phing vudng goc véi day ABCD  Goi (a) 1a mat phang qua O va song song voi mit phang
(SAD). Thiét dién cua hinh chop S-ABCD it boi mat phang (a) 1a hinh gi

A. Tam giac. B. Hinh tor gidc nhung khong phai 1a hinh thang.

C. Hinh thang can. D. Hinh thang khong cén.

II. PHAN TU LUAN (3,0 di¢m)

Cau 36:

Xét qua trinh tao ra hinh c6 chu vi v cuc va dién tich bﬁng 0 nhu sau:

Bat dau hang mot hinh vudng H, canh bang 1 don vi d¢ dai. Chia hinh vuéng H|, thanh chin
hinh vuong béng nhau, bo di bén hinh vudng, nhan dugc hinh H,. Tiép theo, chia mdi hinh
vuong ctia H, thanh chin hinh vuéng rdi bé di bon hinh vudng, nhan dugc hinh H,. Tiép tuc

qua trinh nay, ta nhan dugc mét day hinh H, (n=1,2,3,...).

H, H H. H,

al h) ol | d\

Ta co: H, c6 5 hinh vudng, mdi hinh vudng c6 canh bang g;



Cau 37:

Cau 38:

Cau 39:

1_1.
=g

x 1
H, c6 5.5=5" hinh vuong, mdi hinh vudng c6 canh bing 3

~ . 1

Tur d6, nhan dugc H, c¢6 5" hinh vudng, moi hinh vudng c6 canh bang 3—n

a) Tinh dién tich §, cua H, vatinh limS, .

b) tinh chu vi p, ctia hinh /A, vatinh limp, .

Cho hinh chép S.ABC. Goi M,N lan luot 1a trung diém cua S4,BC va P la diém nam trén

canh 4B sao cho AP=§AB. Goi O 1a giao diém cua SC va (MNP) Tinh ti s6 %
Vi tri cabin ma Bao va Cao ngdi trén vong quay dugc vA
danh dau v6i diém B va C nhu hinhsau TR
Goi «a la sb do cta goc luong giac tia ddu 04 va tia cudi
OB, B 1a goc tao boi tia ddu OA4 va tia cudi OC . Khi
diém B cach mat dat 4m thi diém C cach mat dat bao
nhiéu mét. Két qua gan v6i dép 4n nao nhat?

R=10m

Hi-.- S ..Y_

Mt dat
Cho mét hinh tron tim O ban kinh 13 R = 60m . Dung tam gic déu 4,B,C, ndi tiép duong tron,
sau d6 1ay dudng tron noi tiép tam giac ABC, . Cu tiép tuc 1am qua trinh nhu trén. Dién tich cia

tam giac 4,B,C,la

A




HUONG DAN GIAI CHI TIET
I. PHAN TRAC NGHIEM (35 cdu — 7,0 diém)
Cau 1: Trén duong tron lugng gidc

B : 1)

N\

A-150) A(1;0)

B(0;-1)

Trong céc sd do duoc cho bén duéi, s6 do nao 1a sé do cua goc lugng giac (OA, OB') ?

AZ B. 7. c. -2, p. Z.
2 -2 2 2
Loi giai
N ~ . R 1
Tir hinh vé& ta co (04,0B') = >
Cau2: Trong cac ham sb sau ddy, ham s6 nao 1a ham s6 chin?
A. y=tan4x. B. y=cos3x. C. y=cot5x. D. y=sin2x.

Loi giai
Ham sb y=cos3x laham s6 chén do ¢6 tap xacdinh la D=R, Vxe D,—x e D ta co:

cos 3(—x) = cos(—3x) =cos3x.

A X . A . ) LT
Cau 3: Tat ca cac nghiém cia phuong trinh sinx = smg la

x:%+k27r =" kor
A. i (keZ). B. ; (keZ).
xX=——+k2x x=Zikon
3 3
x=%+k7r
C.x=Z+krx (keZ). D. (keZ).
3 2r
x=—m+knm
3
Loi gidi
X A . . x=a+k2r
Ap dung cong thirc: sinx =sina <> (kez).
x=r—a+k2r
2
Cau4: Cho ddy sb (u,) cb u, =————. Tinh u,.
n +1
1 2 3 4
A. u2=g. B. u2=g. g. M2:§. D. u2=g.
Loi giai
2
Ta co uzzyzé.
2°+1 5

Cau5: Trong cac day so sau, day nao la cap s6 nhan?



Cau 7:

Cau 8:

Cau 9:

A u,=(-1)"n B. u, =n’ Cou =2" D. u =3
Loi giai
Lap ti s6 222
un
1) (n+1 .
A; Y =( ) Sn )=_n+1 = (u, ) khong phai cap sO nhan.
u, (-1)"n n
+1)° .
B Lot = M = (u, ) khong phai la cap s6 nhan.
u, n
U, 2! A £ A LA ar X
C: L= = 2=u,, =2u, = (u,) 1a cap so nhan c6 cong bdi bang 2.
un
U, n+1 N aeqx A A A
D: =L =—— = (u,) khong phai la cap s6 nhan.
u, 3n
e . -3 .
Gia tri cua gioi han lim—s——— la:
4n" —-2n+1
A. —i. B. —oo. C.0. D. -1
4
Loi giai
=3
Taco lim—; =3 =lim—2 =9:0.
n-—2n+l1 4 2 1 4
non
Giai nhanh : Dang « bac tor » < «bac mau » nén két qua béng 0.
L=l 2 -3).
Tinh gidi han 1rn(3n +on 3)
A. L=3. B. L =—oo. C. L=5. D. L=+

Loi giai
lim n* = +o0

. ) .5 5 3 )
.L:hm(3n +5n—3):hmn 2+——— |=+0 Vi 5 ( 5
im

2
n n

n

Giai nhanh :3n° +5n -3 ~ 3n> —— +o0.

Gia tri cia lim (i E 1] bang

X—>—00 x2 x4

A. BB B. 2. C. 0.
Loi gii

Tacd lim (%—%—lj =-1

X—>—0\ X X
Gidi han lim3x c¢6 gi4 tri bang bao nhiéu?
x—1

A. 0. B. -2. C.3.

Loi gii

Tacod: lim3x=3.1=3

x—1

24 ———

j=2>d



Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Ham s y= gian doan tai diém nao dudi day?

2x+4
A. 2. B. 1 C. 4.
Loi giai

=
5

Tap xac dinh D=R\ {—2} , suy ra ham ) gian doan tai x=-2.

2
Cho ham sb y = 2x—+1 . Khi d6, ham sb lién tyc trén khoang nao dudi ddy?
X +5x+4
A. (-3;2). B. (—0;3). C. (-5;3). D. (~L;+).

Loi giai
\ A , . . N N . 2 X # _l
Ham so6 xac dinh khi va chi khi x" +5x+4#0 < 4
X#—
Tap xéc dinh cta lam sb 1a D = (—o0;—4) U (—4;—1) U(—1;+0).
x*+1
X' +5x+4

(—o0;—4), (—4;—1) va (—1;+00). Vay ham s6 da cho lién tuc trén khoang (—1;+0).

Ham s y = la ham phan thirc hitu ti, nén lién tuc trén ting khoang cta tap xac dinh

m*+mx—2 khi x#1

0 khi x =1

ham s6 lién tuc tai x =1

A. BB B. 1 C. 4. D. -2.
Loi giai

Cho ham sé f (x) :{ . Tinh tong cac gia tri im duoc cia tham s6 m dé

Dé ham s6 lién tuc tai x =1 thi lin} f(x)=f() < m’ +m—2=0, phuong trinh c6 hai nghiém

phan biét m =1 va m =-2 nén tong céc gid tri cia tham sb m tim duoc bang 1+(-2)=-1.

Mot hinh chop c6 day 1a mot ngii gidc co s6 mt va sb canh 1an luot 1a
A. Smat, 5canh. B. 6mit, 5 canh. C. 6 mat,10 canh. D. 5mit, 10 canh.
Loi gidi

W

Cho hinh chép S.4BCD . Giao tuyén clia mit phing (S4B) va mit phing (S4D) 1a dudng thing

A. S4. B. SB. C. SC. D. SD.
Loi gii



Cau 15:

Cau 16:

Cau 17:

Cau 18:

Ta co: (SAB)N(SAD) = S4.
Ménh dé nao sau day 1a ménh dé ding;
A. Néu hai mit phing phan biét cung song song véi mot dudng thang thi hai mit phing d6 song
song v4i nhau.
B. Néu hai duong thang phan biét cing song song véi mot mat phang thi hai dudng thang do
song song v&i nhau.
C. Néu hai mjt phang phan biét cung song song v6i mgt duong thang thi giao tuyén cuia hai mét
phéng do cling song song voi dudng thang.
D. Néu mdt mat phang song song v6i mot trong hai dudng thang song song voi nhau thi né ciing
song song voi duong thang con lai.

Loi giai
Pép an C dung, dua theo tinh chit dudng thing song song voi mit phang.
Qua mot diém cho trudc ndm ngoai mit phing cé bao nhiéu dudng thang di qua diém d6 va song
song v6i mat phang di cho:
A. Mot. B. Hai.
C. Khong c6 duong nao. D. C_.

Loi giai
V6i mdi diém cho trude nim ngoai mit phing ¢ thé dung vo sé duong thing di qua diém dé
va song song vi mat phang cho trude.
Vay dap an D dling.
Cho hinh hop ABCD.A'B'C'D' . Khiang dinh nio sau ddy dung?

A. BC'||(ACD). B. BC'||(4B'4').  C. BC'|(cpD').  D.[BEI(4EDY)!

Loi gidi

Vi ABCD.A'B'C’'D' 1a hinh hop nén AB||C'D' va AB=C'D’.

Do d6 ABC'D’' 1a hinh binh hanh. Suy ra BC'|| AD", ma AD' c (ACD') .

Vay BC'||(ACD').

Cho hinh hgp ABCD.A'B'C'D' nhu hinh v&. Mit phang (BCC') song song véi mat phang nao

sau day?



Cau 19:

Cau 20:

Cau 21:

Cau 22:

A. (DC'D"). B. (CD4'). C. (4'DD"). D. (4'C'4).
Loi giai

(BCC'B") (ADD'A').

Vi ABCD.A'B'C'D' 1a hinh h¢p nén

Do dg (BCC")(4DD),

Cho hinh ling tru ABC.4'B'C’. Khing dinh nao sau day 1a dung:
A. Cac mat bén cua lang tru 1a cac hinh binh hanh.
B. Cac mat bén cua lang tru 1a hinh chir nhat.
C. Céc mat bén cua lang tru l1a hinh vudng.
D. Hai day cua ling tru 1a cac tam giac déu.
Loi giai

1

Theo 1y thuyét SGK thi A 1a dap an ding.

Trong cac ménh dé sau, ménh dé nao sai?

A. Hinh chiéu song song cua hai dudng thing song song co thé tring nhau.
B.
C. Hinh chiéu song song cua hai duong thang cit nhau thi cit nhau hodc tring nhau.
D. Mot dudng thing ¢ thé song song hodc triung véi hinh chiéu song song ctia no.

Loi giai
Mot dudng thang va hinh chiéu song song ctia nd c6 thé song song hoic trung nhau.

Cho cosa:—g;%<a<ﬂ thi sin2¢ bang

A28 B. 24 c. 2. )
25 25 5 5

Vi %<a<ﬂ' nén Sina>0; COSC‘(:?'

, . . 4
Taco s1n2a+cosza:1:sma=g.
. . 4 — 24
sm2a=2smacosa=2.—.—3:—.
5 5 25

3—4cos2a+cosda Lo e .
ta dugc két qua nao sau day

Rit gon biéu thirc 4=
3+4cos2a+cosda

A cot'a. B. tan‘a. C. 1. D. cos2a.
Loi gidi

—4cos2a+cos4
Tac()A=3 cos2a+cosda

3+4cos2a+cosda



Cau 23:

Cau 24:

Ta co 2n+123,VneN*:>un =

Cau 25:

Cau 26:

_ 3-4cos2a+2cos’ 2a—1
 3+4cos2a+2cos’ 2a—1
_ 2cos’2a—4cos2a+2

" 2co0s*2a+4cos2a+2
(cos2a—1)2
(c052a+1)2

sin* a
cos’ a

=tan'a

Tim chuki 7 ctia ham s6 y = 3sin (SX —%) .

A.T=Z. B.7-7. c.r7=2". i
3 5 3

Loi giai

IS

Hamsb y= Asin(ax+b) tudn hoan véi chu ki 7 = =—.

g
4 \ £ . T X \ r . 2
Ap dung: Him s6 y =3 sm(Sx —gj tuan hoan voi chu ki 7' = E

Cho day sb (u,) voi u, = ,Vn e N". Khing dinh nao sau day 1a dung?

2n+1
. . 1 . .
A. Day s0 bi chan trén bdi so M = —g. B. Day s0 bi chan dudi bois6 M =3.
oF . g 1
C. Day s0 bi chan dudi bdi so M = 3 D. -

Loi gidi

< 1 nén day s bi chin trén bai sé M = l
2n+1 3 3
Mot chiée ddng hd danh chudng, s tiéng chudng duoc danh bang sé gid ma ddng hd chi tai thoi
diém danh chudng. Héi mot ngay dong hd do danh bao nhiéu tiéng chudng bao gid
A. 120. B. 78. C.[156. D. 24.

Loi giai
Goi u, 13 sb tiéng chudng & gid thit 7, trong d6 1< n <12. Sau 12 gi& dong hd danh dugec:
S,=U +.+U,=1+2+..+12=6.(1+12) =78 tiéng.
Mot ngay dong hd danh dugc 78.2 = 156 tiéng
Ngay du tién cua vu thu hoach na, mot vua na thu hoach dugc 50kg na. Mdi ngay tiép theo, khéi
lwong na thu hoach dugc ting gap dbi so voi ngay trude do. Tong khdi lugng na ma vua na thu
hoach dugc sau 7 ngay la
A. 3150kg. B. 6350kg. C. 4250kg. D. 5150kg.

Loi giai

Khéi lugng na thu hoach dugc mdi ngay lap thanh cap s6 nhan véi s6 hang dau 1a u, =50 va
cong boi g=2.
Téng khdi luong na thu hoach duoc sau 7 ngay chinh 14 tong 7 sb hang dau cta cap s6 nhan nay

7
vabang S, = 50.11 22 =6350(kg)




142422 +...42"

Cau 27: Tim gi61 han sau lim 5
1+3+3 +...+3"

A. 0. B. 2. C. 1. D. i
2
Loi giai
n+l n+l
e (O
1+2+42°+..42" T 4 (=223 3
lim > — = lim——— =lim —— =lim — =0
1+3+3°+...+3 1-3 1-3 (1)
= -1
-2 3
1
ul :5
Cau 28: Cho diy sb c6 gidi han xéac dinh boi: 1 . Tinh gi tri cua limu, .
un+] = s 1 >1
2-u,
A. 0 B. Ik C. -1 D. l
2
Loi giai
A 1 . 2 . 3 . 4 . 5 .
Ta co: u, :E,uz =§,u3 :Z,u4 =§,u5 =—...
Dy dodn u, =—— v6i ne N’
n+l1
D@ dang chimg minh du doan trén bang phuong phap quy nap.
Tirdo limu, = lim—"— = lim—— 1.
n+l 1+l
n
[3, 2 1 .
Cau 29: Giatricia lirr(}erx—z+11 bang
x— X
1
A. 1. B. = C. 1. D.O.
2
Loi giai
A X+ X +xt+1-1 . x+1
lim =lim =lim =

1
0 x’ 0 xz(\/x3+x2+1+1) =0 (\/x3+x2+1+1) 2
VI=x—+1+x

-1<x<0
Cau 30: Cho hamsd f(x)= X . Tinh lim f'(x).
1—x x>0
24— x>0
I+x
A. 1. B. B
C.2. D. Khong ton tai gidi han.
Loi giai

Tacé lim f(x)=lim [—2+1_—XJ=—1.

x—0" x—0* 1+ x
lim (1—x)—(1+x)

P g ey

lim f(x) = lim

x—0" x—0"



Cau 31:

Cau 32:

Cau 33:

—2x -2

= lim =lim———=
=0 x(\/l—x+ 1+x) 20 \l=x ++1+x

Vi limf(x):)}i_gqf(x):—l nén yirolf(x):—l.

x—0"

—-1.

Trong mp(a), cho bén diém 4, B, C, D trong d6 khong co ba diém nao thang hang. Piém
S & mp (). Cé miy mit phang tao béi S va hai trong s6 bén diém noi trén?
A. 4. B. 5. C.6. D. 8.

Loi giai
Piém S cung voi hai trong s6 bdn diém A4 , B, C, D tao thanh mot mat phéng, tir bon diém
ta co 6 cach chon ra hai diém, nén co tat ca 6 mit phing tao boi S va hai trong s6 bbn diém
noi trén.
Cho tir dién ABCD. G 1a trong tAm tam giac BCD. Giao tuyén clia hai mat phang (ACD) va

(GAB) la:
A. AM , M 1atrung diém AB. B. AN, N 1a trung diém CD.
C. AH, H 13 hinh chiéu cia B trén CD. D. AK, K 14 hinh chiéu cua C trén BD.

Loi giai

A 1a diém chung thtr nhét cia (ACD) va (GAB)

G 1a trong tAm tam giac BCD, N 1a trung diém CD nén N € BG nén N 1a diém chung thi
hai ctia (ACD) va (GAB). Vay giao tuyén ciia hai mit phang (4CD) va (GAB) 1a AN .

Cho hinh chép S.ABCD c6 day ABCD la mét hinh thang v6i day 1on AB . Goi M, N lan luot
1a trung diém ctia S4 va SB. Goi P la giao diém cua SC va (4ADN), I la giao diém cua AN
va DP. Khing dinh nao sau déy 1a dung?

A. SI song song v6i CD. B. SI chéo véi CD.

C. SI catvéi CD. D. SI tring véi CD.
Loi giai



Cau 34:

E
Trong (ABCD) goi E= ADNBC, trong (SCD) goi P=SCNEN.
Tacé E€ AD<(ADN) = EN <(AND)= P<(ADN).
Vay P=SCn(ADN).

I e AN :{IE(SAB) :SIz(SAB)ﬂ(SCD)

Do I=ANNDP =
I DP

ABc (SAB)

CD < (SCD)
AB||CD
(SAB)n(SCD)=sI
Cho hinh chép S.4BC.Goi M,N lan luot 1a trung diém cua cac canh SB,SC . Trong cac kh'fmg

dinh sau, khrfmg dinh nao dung?
A. MN //(ABC). B. MN //(S4B). C. MN//(SAC). D. MN //(SBC).

Ta co =SI||CD.

Loi giai

B
Theo gia thiét thi M, N lan luot 1a trung diém cua SB,SC nén MN 1a dudng trung binh cia
ASBC,do d6 MN //BC.



MN & (ABC)
Vi {BC c(ABC) = MN//(ABC).
MN // BC
Cau 35: Cho hinh chop S-4BCD ¢y ABCD 13 hinh chit nhat tim O . Tam giac ASAD déu va ndm trong
mit phing vudng goc vai day ABCD | Goi () 1a mit phang qua O va song song v4i mit phang
(SAD). Thiét dién cua hinh chép S-ABCD ¢4t bsi mat phing (cr) 14 hinh gi

A. Tam giac. B. Hinh t&r gidc nhung khong phai 1a hinh thang.
C. Hinh thang can. D. Hinh thang khong can.
Loi giai

Goi M,N,P,Q lan luot 13 trung diém cac canh AB,DC,SC,SB khi d6 mit phang (MNPQ) di
qua O va song song véi mit phang (SAD) nén MNPQ la thiét dién.
Tacdé MN || PQ suy ra MNPQ 1a hinh thang

1 1
MQ = ESA’ NP = ESD’ SA=S8D suyra MQ = NP suy ra MNPQ 1a hinh thang can.

II. PHAN TU LUAN (3,0 diém) ‘

Cau 36: X¢ét qua trinh tao ra hinh c¢6 chu vi v6 cuc va di¢n tich bang 0 nhu sau:
Bat dau hang mot hinh vudng H, canh bang 1 don vi d¢ dai. Chia hinh vuéng H|, thanh chin
hinh vuong béng nhau, bo di bén hinh vudng, nhan dugc hinh H,. Tiép theo, chia mdi hinh
vuong ctia H, thanh chin hinh vudng rdi bé di bon hinh vudng, nhan dugc hinh H,. Tiép tuc

qua trinh nay, ta nhan dugc mét day hinh H, (n=1,2,3,...).

H, H H. H,
al hy | dl
x .1
Ta cé: H, c6 5 hinh vudng, moi hinh vudng c6 canh bang g;
: 2 0 . X N s 11 1
H, c¢6 5.5=5" hinh vudng, moi hinh vuong cé canh bang §§=3—2,

~ . 1
Tur d6, nhan dugc H, c¢6 5" hinh vudng, moi hinh vudng c6 canh bang ?



a) Tinh dién tich §, cua H, vatinh limS, .
b) tinh chu vi p, cia hinh A, vatinh limp,.
Loi giai

b H,
a) b)

Khi do6 limsS, =lim(§j =0.
. ‘ a4 1 5Y
b)Chuvi P, cua H, la: P, =5 (4.—j:4(—j

Khi 46 lim P, = lim{4.(§) }z +00 .

Céu 37: Cho hinh chop S.4ABC. Goi M, N lan luogt 14 trung diém ciia S4,BC va P la diém nam trén
canh 4B sao cho AP=§AB. Goi O 1a giao diém cua SC va (MNP) Tinh ti s6 %

Loi giai

Goi / 1a giao diém ciia NP va AC.Khi d6 O la giao diém ciia MI va SC.
Tir A ké duong thing song song voi BC, cét IN tai K.
chigo AK AP _1_ 14 _AK 1
BN BP 2 IC CN 2
Tir A ké duong thing song song voi SC, ¢t 10 tai E .
AE _ AM AE 14 1 1

Khi d6 =1=> AE=50, —="2= AE——CQ Dodo 22 -1
SO SM co IC 2 SC 3

Cau 38: Vi tri cabin ma Bao va Cao ngdi trén vong quay dugc danh ddu voi diém B va C nhu hinh sau



Cau 39:

Hi-- ==, __ Y
Miit dat

Goi «a 1a sb do cua goc luong giac tia ddu O4 va tia cudi OB, B 1a goc tao boi tia dau 04 va
tia cudi OC . Khi diém B cach mit dat 4m thi diém C cach mat dat bao nhiéu mét. Két qua gan
v6i dap 4n nao nhat?

Loi giai
Chiéu cao tir diém B dén mit dit bang KH =13+10sina.

Khi KH=4C>13+10sina:4<:>sina=—i:>cos(a—900)=—i,
10 10
Talaico: f=a—-90° :>cos,8=cos(a—90”):—%.

L 9Oy _ 19
np= (Ej T

Twong tu diém B, diém C cach mat dat 1a: 13+10sin 3 ~ 8,64
Cho mdt hinh tron tim O béan kinh 12 R = 60m . Dyng tam giac déu A B,C, nj1 tiép duong tron,
sau do lay duong tron ndi tiép tam giac 4,B,C,. Ctt tiép tuc lam qua trinh nhu trén. Dién tich ciia

tam giac 4,B,C,la

Loi giai

Tacd R =60m=> 04, = 60m

Xét a4, 0B, ¢& AB’ =204 —204% .cos120° = A B’ =2.60" + 2.602% =10800m’
= 4B, = 603m> = 04, =30m

Xét a4,0B, c6 A,B,> =204,> —204%,.cos120° = 4,B,> =2.30" + 2.302% =2700m’

= 4,B, =30/3m’



Thyc hién tuong tu, ta c6 cac tam giac 4,B,C,, 4,B,C,,... cb d6 dai cac canh tao thanh cap s6
nhan véi cong boi g, = 5

A ‘A ’ ) [ N A A A A A 1
Nén dién tich cac tam giac 4,B,C,, 4,B,C,,... 1a cap so nhan v6i cong boi g, = R

2
$i=Sunc, = AlB; 310800 _ 5300,

8
S, = Sl.(lj =0,285m> .
4



PE ON TAP KIEM TRA CUOI HKI
MON: TOAN 11 - PE SO: 10

I. PHAN TRAC NGHIEM (35 cdu — 7,0 di¢m)

Cau 1: Trén duong tron lugng gidc
YA
B(G; 1)
\+
A(=1;0) A(l;0)
0 X
B(0;-1)
Trong céc s6 do dugce cho bén dudi, sé do nao 1a sé do clia gbc luong gide (O4,0B)?
AE B. 3% c.-Z. p.Z.
2 2 2 2
Cau2: C6 bao nhiéu ham s chén trong cac ham sé sau: y =sin|x|, y =cos3x, y=tan2x va y=cotx
?
Al 1. B. 2. C. 3. D. 4.
Cau 3: Phuong trinh sin( x—%j 0 c6 nghiém la
L4 kﬂ
A. x=kn,keZ. B. x= keZ. (jX——+kﬂkEZ I)x——+kﬂkeZ
6 2 2 3
Cau4: Cho diy sd ( ), biét u = nn . Ba s6 hang dau tién cua day sé d6 1a
NERES p 113 111 123
2°4°8 274726 2'4°16 2'3"4
Caus5: Cacso -1 l, —Lz; %; —— theo thur ty 14p thanh cép s6 nhan voi cong boi la
2°° 2
1 1
A, g=-2. B.qu. C.g=—. D. g=2.
. 3n’=2n+1
Cau 6:  Gia tri cua gidi han 11mn4—n
4n’ +2n+1
A. +c0. B. 0. C.g. D.i.
7 4
2
Ciu7: Gibihan L=lim—ort* 21 i
2024n” +3n—1
A DD B. L. C. +o D.0
2020 1010
A e x* -3
Cau 8: Giatricaa lim bang

o=l x+2



Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

A. 2. B. 0. C. 2 D. ——.
2
Gid trj cia lim (—x3) bang
X—>—00
A. 1. B. +o0, C. -0 D. 1.
, WHEZ2 x>0 , » ,
Cho ham s6 f(x)= X , m 1a tham s0. Tim gia tri cia m dé ham so ¢6
mx+m+z khix <0
gidi han tai x=0.
A.m:l. B. m=1. C. m=0. D.m:—l.
2 2
Ham s6 y = 1 gian doan tai diém nao du6i day?
X
A.x=0. B. x=1. C. x=-1. D. x=2.
2
x =1
Tim m dé ham so f(x)z x—1 ki x# lién tyc tai diém x, =1.
m+2 khi x=1
A.m=3. B. m=0. C. m=4. D. m=1

Trong phat biéu sau day, phat biéu nao dung?

A. Hinh chép ¢ tat ca cac mat 1a hinh tam giac.

B. Tét ca cac mat bén ciia hinh chop 13 hinh tam giac.

C. Ton tai mot mit bén cua hinh chop khong phai 1a hinh tam giac.
D. Sb canh bén cua hinh chop bing sé mat cta né.

Cho hinh chép S.ABCD . Giao tuyén ctia hai mit phang (S4AB) va (SBC) 1a duong thing

A. S4. B. SB. C. SD. D. AC.
Trong céac phat biéu sau, phat biéu nao ding?

A. Hai duong thang khong ¢ diém chung thi song song véi nhau.

B. Hai duong thang khong c6 diém chung thi chéo nhau.

C. Hai duong thang phan biét khong cit nhau thi song song.

D. Hai duong thang khong nam trén ciing mot mat phang thi chéo nhau.

Cho tir dién ABCD c¢b6 M, N, P lan luot 12 trung diém cia
AB,BC,CD . Ménh d nao sau day ding

A. MP||AD.
C. MN| AC.

B. BC, AD c6 diém chung.
D. MP||BC.

Cho hinh chép tir giac S.ABCD. Goi M, N lan luot 1a
trung diém ctia SA va SC . Ménh dé nao sau day dung?
A. MN//(SAB). B. MN//(SBC). C. MN//(SBD).

D. MN//(ABCD).
Cho hinh hop ABCD.A'B'C'D'. Mit phang (4B'D") song song véi mit phang nao sau day?



Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

D' C’

/
A/ | B’
/
/
D
/L I e
/
A B
A. (BCA'). B. (BD4'). C.(4'C'C). D. (BC'D).

Ménh dé nao duéi day dung?

A. Hinh lang try tam giac c6 5 mat va 9 canh.

B. Hinh lang try tam gidc c6 3 mat va 6 canh.

C. Hinh lang try tam gidc c6 3 mat va 3 canh.

D. Hinh lang tru tam giac c6 4 mat va 9 canh.

Cho hinh hép ABCD.A'B'C'D’, goi O,0' lan luot 1a tAm cta hai ddy 4BCD, A'B'C'D'. Hinh
chiéu song song ctia O 1én mit phang (4'B'C'D’) theo phuong A4’ 1a

A. O'. B. 4. C. B'. D. C'.

Tinh gié tri cos(a —%) biét sina = %% <a<r.

A 22 p, 1246 c. =26 p, 1£2V6.
3 6 6 6
Cho cota =15 thi sin2a bang
Rl B. 2. c. 2. D. -
113 113 226 226

Goi M,m lan lugt 1a gia tri 16n nhat va gid tri nhé nhat ctia ham s& y = 6cos2x—7 trén doan

T

{__,_} Tinh M +m.
3°6

A. —14. B. 3. C. -11. D. -10.
~ X .4 n+1 9 . Y S
Cho day so (u, ), bict u, = . S6 — 14 s6 hang thit may cua day so6?
2n+1 17
A. 6. B. 7. C. 8. D. 9.

An tiét kiém theo hinh thirc nhu sau: Ngay dau tién bo dng heo 1000 ddng. Trong cac ngdy tiép
theo, ngay sau bo 6ng nhiéu hon ngay trude 1000 dong. Hoi ngdy thir 89, An c6 bao nhiéu tién?
A. 4095000 dong. B. 89000 dong. C. 4005000 déng.  D. 3960000 dong.

Té bao E.Coli trong diéu kién nudi ciy thich hop cir 20 phut lai nhan doi mot 1an. Néu lic dau

c6 10" té bao thi sau 3 gio s& phan chia thanh sd té bao 1a

A. 1024.10'. B. 256.10"%. C. 512.10", D. 512.10".
_ (an+1)3(n2+3n+5) e A 1
Cho L =1lim ——. Tim tat ca cac gia tri cia @ dé L =—.
2 2 2
(2n-1)(n* +3)
A.a=0. B.a=1. C.aeR. D.aecd.



Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

/ u
Cho day s6 (u,) dugc xac dinh boi < . Tinh limu,.
2(n+l)u =nu,+n+2

A. limu, =1. B. limu, =4. C. limu, =3. D. limu, =0.

n+l

Biét lim (V4x* ~3x+1(ax-+)|=0. Tinh a+4b

X—>+00

A. 3. B. 5. C. 1. D. 2.
A . . X N

Két qua cua 315‘ (x-2) = bang

A. +oo. B. 0. C. —oo. D. 1.

Cho hinh chop §.4BCD véi day ABCD 1a hinh thoi tam O. P 1a mét diém thudc canh SD . Gia
sit SO cit BP tai I . Giao tuyén cua hai mit phiang (ABP) va (S4C) la:

A. SO. B. PI. C. PO. D. Al .

Cho ttr dién ABCD. Goi E va F lan luot la trung diém cua AB va CD; G la trong tam tam
gidc BCD. Giao diém cta dudng thing EG va mit phang (ACD) 1a

A. diém F. B. giao diém cua dudng thing EG va AF.

C. giao diém cua duong thang EG va AC. D. giao diém cua duong thing EG va CD.
Cho ttr dién ABCD. Goi I va J theo tht tu 13 trung diém ciia 4D va AC,G 1a trong tAm tam
gidc BCD. Giao tuyén ciia hai mt phing (GIJ) va (BCD) la dudng thang:

A. qua / vasongsong véi AB.. B. qua J va song song v&i BD..

C.qua G vasong song véi CD.. D. qua G vasong song voi BC.
Cho hinh chop S.ABCD , c6 ddy ABCD 1a hinh binh hanh tam O. Goi H,K lan luot 1a trung

diém cua BC,CD . Ménh d& nao dudi day sai?

A. HK//(SBD). B. OK//(SAD). C. OH//(S4B). D. HK//(SAB).

Cho hinh chép S.4ABC c¢6 G 1a trong tdm tam giac ABC . Goi (a) 1a mit phang qua G va song
song v&i mit phang (SBC). Goi thiét dién cta hinh chép S.4ABC cit boi mit phang («) 1a tam

. SM
giac MNP v&1 M € SA,N € AB, P € AC. Tinh gia tri ctia bié€u thuc S_A

1 2
A, —. B. —. C
3

D.2.
2 2

1
.3

II. PHAN TU LUAN (3,0 diém)

Cau 36:

Cau 37:

Cau 38:

f1 g . 2\1—-x—R/8—x
Tinh giéi han sau: lim

x—0 X

Cho hinh chép S.ABCD c6 day 1a hinh thang ABCD v&1 AD// BC va AD=2BC.Goi M la

diém trén canh SD thoa man SM :éSD. Mit phing (ABM ) cét canh bén SC tai diéem N .
Tinh ti 6 2 |
SC
S6 gio c6 anh sang mit troi cia mot thanh phd A trong ngay thir ¢ ctia nam 2023 dugc cho boi
T
——(t—60
7!~ 60
thanh phd A c¢6 nhiéu gio c6 anh sang mat troi nhat?

mot ham s§ y = 4sin +10 voi teZ va 1<t <365. Vao ngay nao trong nam thi




Cau 39: Cho hinh vuéng C, c6 canh bang 1, C, 1a hinh vudng c6 céc dinh 1a cic trung diém ctia canh
hinh vuéng C,. Tuong tu, goi C, la hinh vudng c6 cac dinh la trung diém cua cac canh hinh
vuong C,. Tiép tuc nhu vay ta dugc mot ddy cac hinh vuong C,,C,,C,,...,C,,... Tinh téng dién

tich ctia 10 hinh vudng dau tién cua day.



HUONG DAN GIAI CHI TIET
I. PHAN TRAC NGHIEM (35 cdu — 7,0 diém)
Cau 1: Trén duong tron lugng gidc

B : 1)

N\

A-150) A(1;0)

B(0;-1)

Trong cac s6 do duoc cho bén dudi, sb do nao 1a sé do ciia goc lugng giac (OA, OB) ?

S RY/4 C _3_7z D.

A2 B. 2=, . .
2 2 = 2
Loi giai

NN

Tir hinh vé& ta c6 (O4,0B) = —377[.

Cau2: C6 bao nhiéu ham s chn trong cac ham sé sau: y = sin|x , y=cos3x, y=tan2x va y=cotx
?
Al B.2. C.3. D. 4.

Loi gidi
Viham s y =sin|x| c6 thp xéc dinh D =R va sin|-x|=sin|x| nén y =sin|x| 1a ham so chin.
Viham sd y =cos3x c6 tip xac dinh D=R va cos(3(—x)) = cos(—3x) =cos3x nén

y =cos3x 12 ham s chén.
Ciu 3: Phuong trinh sin[zx —gj =0 c6 nghiém la

w kr

A. x=krn,keZ. B. x:€+7,keZ. C. x=%+kﬂ',keZ. D. x=%+k7[,keZ-

Loi giai
T T
Ta co sin(Zx—§j=0<:> 2x—§=k7r,k e/

@xzz-i—k—”,keZ_
6 2

Cau4: Cho diy sb (un ), biét u, = 3nn T Ba s6 hang dau tién cua diy sé d6 1a

L1171 p 113 111 p 123

2°4°8 2 4 26 2°4°16 2°'3 4
Loi gidi
A .z 1 I 1 1 . A ais IS ST U
Cau5: Cacso —1; E; —?; ?; Y theo thur tu 1ap thanh cap so6 nhan voi cong boi la
1 1

A.g=-2. B. g=—. C.g=—-. D.g=2.

q q 5 -4 > q



1 u, 1

u, =-1u, =5; g=—2=-

Loi giai

3 =2n+1 .
—_— la:

Cau 6:  Gid tri cua giéi han lim—;
4n" +2n+1
A. +o0. B. 0. C. g D. i
7 4
Loi giai
3 2 1
3 PRSI
Taco lim 2t 2wt nt 0
4n" +2n+1 4 2.1 4
n
) 2023n+2n°
L=1lim 3 .
Cau7: Gidi han 2024n” +3n -1 bang
L2019 B. . C. +o0, D.0
2020 1010
Loi giai
2023 . 2
2 B _
Tacod L =lim 2023;“_2” =lim—"= 3 nl _ 0 =0.
n-on
x2=-3 s
Cau 8: Giatricaa lim bang
x>l x 42
3
A. 2. B. 0. Q.l D. ——.
2
Loi giai
2
Ta co: limx 3= 1-3 =—
=l x+2 —1+42
Ciau9: Giatricua lim (—x3 ) bang
X—>—00
AL B. 5] C. —. D. -1.
Loi giai
Tacod: lim (—x3) = +o0
X—>—0
ﬂ khix>0 q
Cau 10: Cho ham so f(x)= X , m la tham so0. Tim gia tri cia m dé ham so c6
mx+m +Z khix<0
gidi han tai x=0.
A.m:l. B. m=1 C. D m:—l
2 2

Ta co:

Loi giai:



_n2
T I TR Gl G ) e S RS, S TS S

1
10" 10" X .Ho*x(\/m+2) x»o*x(\/m+2) o0 Jxtrd+2 4

lim £ (x) = lim (mx+m+%}=m+l

x—0" x—0" 4

Ham s da cho ¢6 gi6i han tai x =0 khi va chi khi lim £ (x)= lim f(x)
x—0"

x—0"

1 1
S—=m+—m=0.
4 4

Cau 11: Hamsb y= 1 gian doan tai diém nao dudi day?
x
A. x=0. B. x=1. C. x=-1. D. x=2.
Loi gidi
Ta c6: Tap xac dinh ciia ham sé y = 1 la D=R\{0}. Suy ra ham s6 gian doan tai diém x=0

X

x* =1

Cau12: Tim m déhamsd f(x)=1 x—1
m+2 khi x=1

A.m=3. B. m=0. C. m=4. D. m=1.

Loi gidi

khi x=#1

lién tyc tai diém x, =1.

TXb: D=R=x,=1€D.
Ta co: f(1)=m+2.

2 _
tim =g GV =,

x =1
x>l x—1 x—l x—1 x—1

Ham sé f(x) lién tuc tai diém x, =1 khi va chi khi lim f (x)= /(1) > m+2=2< m=0.

x—1
Céu 13: Trong phat biéu sau ddy, phat biéu nao ding?
A. Hinh chép c6 tat ca cac mat 1a hinh tam giéc.
B. Tét ca cac mit bén ctia hinh chép 13 hinh tam giac.
C. Ton tai mot mat bén ciia hinh chop khong phai 13 hinh tam gic.
D. Sb canh bén cta hinh chép bang sb mit cia no.
Loi giai
Phuong 4n A sai vi mat day c6 thé khong 1a tam giac.
Phuong 4n B ding vi theo dinh nghia.
Phuong &n C sai vi theo dinh nghia méat bén cua hinh chép ludn 1a tam giéc.
C0 thé giai thich D sai vi xét voi hinh chop tam gidc sé canh bén bang 3 nhung sé mit bang 4.
Céu 14: Cho hinh chép S.4BCD . Giao tuyén ciia hai mét phing (SAB) va (SBC) la dudng thang
A. S4. B. SB. C. SD. D. AC.
Loi giai
Vi § va B 1a hai diém chung cuia hai mat phang nén (SAB ) N (SBC ) =SB.
Cau 15: Trong cac phat biéu sau, phat biéu nao ding?
A. Hai duong thang khong ¢ diém chung thi song song véi nhau.
B. Hai duong thang khong c6 diém chung thi chéo nhau.
C. Hai dudng thang phan biét khong cét nhau thi song song.



Cau 16:

Cau 17:

D. Hai duong thang khéng nam trén cung mot mit phang thi chéo nhau.
Loi giai
Phuong 4n “Hai dudng thang khong c6 diém chung thi song song v6i nhau” sai vi hai dudng
thang c6 thé chéo nhau.
Phuong 4n “Hai dudng thang khong c6 diém chung thi chéo nhau” sai vi hai dudng thang c6
thé song song.
Phuong 4n “Hai dudng thang phan biét khong cit nhau thi song song” sai vi hai dudng thing
¢6 thé chéo nhau.
Cho tir dién 4BCD ¢6 M, N, P lan luot 13 trung diém ciia 4B, BC,CD. Ménh dé nao sau day

ding
A. MP||AD . B. BC, AD cb diém chung.
C. MN| AC. D. MP||BC.

Loi gii
Tacd MP,AD,BC la cac cip dudng thing chéo nhau.
Nén MP||AD ,BC, AD c6 diém chung, MP||BC 14 cac ménh dé sai.
Cho hinh chop t&r gidc S.ABCD . Goi M, N lan luot 1a trung diém ctia S4 va SC. Ménh dé
nao sau day dung?
A. MN//(SAB). B. MN//(SBC). C. MN//(SBD). D. MN//(ABCD).




Loi giai
Vi MN la duong trung binh cua tam giac SAC = MN //AC.
Mit khic AC < (4BCD)= MN / [(ABCD).

Céu 18: Cho hinh hop ABCD.A'B'C'D'. Mit phang (4B'D') song song v4i mit phang nao sau day?

D; C'
!
A/ B’
/
/
D
/'L D VAS
/
A B
A. (BCA). B. (BDA'). C. (4cc). b. (BCD).
Céu 19: Ménh d& nao dudi ddy dung?

A.

B. Hinh lang tru tam gidc c6 3 mat va 6 canh.
C. Hinh lang tru tam gidc c6 3 mat va 3 canh.

D. Hinh lang tru tam gidc c6 4 mat va 9 canh.
Loi giai
Hinh lang tru tam gidc c6 5 mat va 9 canh.
A c’

Céu 20: Cho hinh hép ABCD.A'B'C'D’, goi 0,0’ lan luot 13 tim cia hai ddy ABCD, A'B'C'D'. Hinh
chiéu song song ctia O 1én mit phang (4'B'C’'D’) theo phuong A4’ 1a
A O, B. A C. B D. C'.
Loi giai

Vi ABCD.A'B'C'D' 1a hinh hop nén OO' || A4'. Vay hinh chiéu song song ciia O 1én mat phang
(A'B'C'D") theo phuong 44’ 1a O'.



Cau 21: Tinh gia tri cos[a—%)bié’t sina:%,%<a<ﬂ.
N _i B _1+2\/€. C. 1—2\/8. D. 1+2\/€.
6 6 6
Loi giai

.. 1l 7 242

Visina=—,—<a<znén cosag =———.
372 3
, b T . .x  222B 11 1-2J6
Do d6 cos| & —— |=cosa.cos—+sin@.Sin—=———. —+—,—= .
6 6 6 3 2 32 6
Ciu 22: Cho cota =15 thi sin2a bang
A B. > c. = D. -
— 113 113 226 226
Loi giai
. . ) 2si .
Ta co sin2a = 2sina cosa = sin’ a.—sm. oicosa =2sin’ a.cota .
sin” a
. 1
Ma 1+cot’ o = — > :>sm2a=—2.
sin” l+cot”

a, .. 2cota 2.15 15
Tu do ta co sin2a = —= — = )
I+cot"ax 1+15° 113

Cau 23: Goi M,m lan luot 13 gi4 tri 16n nhat va gia tri nho nhat cia ham s6 y = 6cos2x—7 trén doan

{—Z ﬁ} Tinh M +m.
3°6
A. —14. B. 3. C. -11. D. —10.
Loi giai
Tacd: - Zcx<Z o< o Leosanscio—10<6c0s2x-7<-1.
3 6 3 3 2
Suyra M =-1,m=-10. Vay M + m=—-11.
A ~ A . X n+1 9 Y S T
Cau 24: Cho day s (u, ), bict u, = . S0 — 1a s6 hang thir may cta day s6?
2n+1 17
A 6. B.7. c.B D.9.
Loi giai
9 n+l 9

Taco u,

EAIPEN (neN)<:>17n+17:18n+9c>n:8
17 il 17

Céu 25: An tiét kiém theo hinh thirc nhu sau: Ngay dau tién bo dng heo 1000 dong. Trong cic ngly tiép
theo, ngay sau bo 6ng nhiéu hon ngay trude 1000 ddng. Hoi ngay thir 89, An ¢ bao nhiéu tién?
A. 4095000 dong. B. 89000 dong. C. 4005000 dong! D. 3960000 dong.
Loi giai
* S tién bo heo cia An mdi ngay tao thanh mot cap sb cong co sé hang dau u, =1000 cong sai
d =1000.
* Tong sb tién bo heo tinh dén ngay th n la:
n(u +u,) n[ZLt1 +(n—1)d]
2 2
* Ngay thtr 89, tong s6 tién bo heo la:

S =u +u,+.+u, =



Cau 26:

Cau 27:

Cau 28:

89 2.1000+(89-1).1000 |
89 —
2
Té bao E.Coli trong diéu kién nudi ciy thich hop cir 20 phut lai nhan doi mot 1an. Néu lic dau

= 45.89.1000 = 4005000 dong.

¢6 10" té bao thi sau 3 gio s& phan chia thanh s6 té bao 1a
A. 1024.10'2. B. 256.10'2. C. 512.10'%. D. 512.10%3.
Loi giai
Lic dau c6 10” té bao va mdi lan phén chia thi mot té bao tach thanh hai té bao nén ta ¢ cip s6
nhan véi u, =10 va cong boi g =2.
Do ctr 20 phit lai nhan d6i mot 1an nén sau 3 gid s& c6 9 14n phan chia té bao.
Ta c6 u,, la s6 té bao nhan duge sau 3 gio.

Vay s6 té bao nhan duoc sau 3 gio la u, =u.q =10%2"=512.10".

) (an+1)3(n2+3n+5) 1
Cho L =1im - —=. Tim tat ca cac gidtricua @ dé L =—.
(2n-1)(n* +3) 2
A.a=0. B.la=1. C.aeR. D.aed.
Loi giai
3 n3(a+1j3n2(1+3+5j
an+1)" (n* +3n+5 e )
Taco: L=Tim. ) — ):lim L 1
(2n-1)(n’+3) n(2—lj.n4(l+32)
n n
(o) 22
at+—| . |1+—+— ;
_ n n n)_a
= L =—
)
n n
\ a3
Trdébaisuyra —=—<>a=1.
2 2
Vay a =1 1a gia tri can tim.
s X (s Lo =3 , .
Cho day so (un) duoc xac dinh boi . Tinh limu, .
2(n+1)un+1:nun+n+2
A. limu, =1. B. limu, =4. C. limu, =3. D. limu, =0.
Loi giai
Tacou, = L u+n+2 ™)

2n+2 " 2n+2
bat a =limu,, trong biéu thuc (*) cho n — +oo ta dugc a:%a+%<:>a:1:1imun.

Chu y: Dé chit ché hon ta c6 thé lap luan nhu sau:

Str dung quy nap toan hoc, ta chimg minh dugc u, >1 voi moi ne N*, nén day (un) bi chan

dudi.

Khi d6 ta cling c6 u, , iy n+2 My n+2 u, =u, nén day (un) la day giam.
2n+2 2n+2 2n+2 2n+2

Vay, day (un) c6 gidi han.




Dit a = limu,, trong biéu thirc (*) cho n — +oo ta dugc a=%a+%<:>a:1:1imun.

Cau29: Biét lim (VAx* =3v+1-(ax+b)|=0. Tinh a+4b
A. 3. B. 5. C.BR D.2
Loi giai
Ta co:
. 2 . 3 1 b
lim (\/4x —3x+1 —(ax+b)) =0 < lim| x| ,[4-—=+——-a——||=0
X—>+0 X+ X X X
lim x = +o0
Ta co:

lim (,/4—2+%—a—2}=2—a

X—>+0 X X X

[ /4_z+iz_a_éJ
X X X

Néu 2—a <0 thi lim

X—>+00

= —oo nén khong thdéa man

Néu 2—a >0 thi lim =400 nén khong théa man

X—>+00

[ /4_2+L2_a_2J
X X X

Néu 2—a=0<> a=2 thitré thanh

31 B 3 3
lim| x| ,[4-=+—-2|-b|=0 < lim X -b|=0&—-b=0b=—
X—>40 X X X—>+0 \/ 3 1 4 4
4——+—+2
X X

Vay a+4b=—1.

Cau 30: Kétquacua lim(x—2),/]5— bing
x—2" x -
A. +oo. B. 0. C. —oo, D. 1.
Loi giai
Ta co: hm x 2 = hm x 2 = lim +/x
x—2* x — x—2F x 2 x+ 2 x—2* 2

Cau 31: Cho hinh chép S.ABCD véi day ABCD 1a hinh thoi tam O. P 1a mdt diém thudc canh SD. Gia

sit SO cit BP tai I . Giao tuyén cua hai mit phiang (ABP) va (S4C) la:

A. SO. B. PI. C. PO. D. Al .
Loi gii



Cau 32:

Taco: Ae(ABP)N(SAC)(1)
I € BP —(ABP)= I €(ABP)
= I (ABP)(S4C)(2)
IeSOC(SAC):Ie(SAC)
T (1) va (2): (ABP)N(SAC)= Al
Cho tir dién ABCD. Goi E va F lan luot la trung diém cua 4B va CD; G la trong tam tam
gidc BCD. Giao diém ctia duong thing EG va mit phing (ACD) 1a

A. diém F. B. giao diém cua duong thing EG va AF.
C. giao diém cta duong thing EG va AC. D. giao diém cua duong thang EG va CD.
Loi giai.

A

M
Vi G 1a trong tdm tam gidc BCD, F 14 trung diém cia CD = G e(ABF).
Taco E la trung diém cia AB = E e(ABF).
Goi M la giao diém cua EG va AF ma AF c (ACD) suyra M € (ACD).
Vay giao diém ciia EG va mp (ACD) 1a giao diém M = EG N AF .



Cau 33:

Cau 34:

Cho t&r dién ABCD. Goi I va J theo thtr tu 1a trung diém cua 4D va AC,G 1a trong tdm tam
gidc BCD. Giao tuyén ctia hai mat phing (GIJ) va (BCD) la duong thing:

A.qua [ vasongsong voi AB.. B. qua J va song song voi BD..
C. qua G vasong song v61 CD.. D. qua G vasong song v6i BC.
Loi gidi

(GIJ)n(BCD)=G
Taco 1 1J =(GLJ),CD =(BCD) —— (GLJ)n(BCD)=Gx || 1J || CD..
1J]|CD
Cho hinh chép S.4BCD, ¢6 ddy ABCD 1a hinh binh hanh tim O. Goi H,K lan luot 14 trung
diém cua BC,CD . Ménh d& nao dudi day sai?
A. HK//(SBD). B. OK//(SAD). C. OH//(SA4B). D. HK//(SAB).

Loi giai

+Taco HK < (SBD).

Ta thdy HK 1a dudng trung binh ciia tam giac BCD nén HK//BD ma BD c (SBD).

Do d6 HK//(SBD).

+Tacod OK ¢ (SA4D).

Ta thdy OK la dudng trung binh ctia tam gidc ACD nén OK//AD ma AD c (SAD).

Do d6 OK//(SAD).

+Taco OH & (S4B).

Ta thiy OH 1a dudng trung binh ciia tam gidc ABC nén OH//AB ma AB c (SAB).

Do d6 OH//(SAB).

+ Trong mp (ABCD)ta thiy: AB~HK ma AB —(SAB) nén HK khong song song véi (SAB)



Céu 35: Cho hinh chép S.4BC ¢6 G 14 trong tAm tam giac ABC . Goi («) 1a mit phing qua G va song
song voi mit phang (SBC). Goi thiét dién cta hinh chép S.4ABC cit boi mit phang («) 1a tam

. SM
giac MNP v&1 M € SA,N € AB, P € AC. Tinh gia tri ctia bié€u thuc S_A

A D.2.
2

l
‘&
Loi giai

1 2
.= B. —. C
2 3 -

Goi 7 1a trung diém BC
Taco SI//MG suyra SM_IG _
S4

II. PHAN TU LUAN (3,0 di¢m)
N
Cau 36: Tinh gidi han sau: lim2 I-x—3/8—x

x—0 X

Loi giai

th\/l—x Y8 —x :hm2\/1—x—2+2—\3/8—x
X

z—0 €T z—0

= lim
z—0

2\/1—x—2+2—38—x
X X

. -2z T
= lim +

B i) g{(m)uggg_m@

-2 1 1
12°

= lim

_+_
N . 2
U NI-z 41 (\3/8—33) 128z +4

Cau 37: Cho hinh chép S.ABCD c6 day la hinh thang ABCD v61 AD// BC va AD =2BC.Goi M la

diém trén canh SD thoa man SM =%SD. Mat phéng (ABM ) cat canh bén SC tai diém N .

Tinh ti sb S—N.
SC

Loi gidi



Cau 38:

Cau 39:

Trong mit phang (ABCD):

Goi I =ABNCD = 1€ ABc(ABM)
Trong mit phang (SCD):

Goi N=IM NSC va K la trung diém IM .

Trong tam giac IMD c6 KC la dudng trung binh nén KC//MD vaKC = %MD

Ma SM:%MD:SM:KC.

Lai co KC//SM(doM eSD)
SN_SM_1 Vay SN _1

>—=—=1.
NC KC sC 2

S6 gio c6 anh sang mit troi cia mot thanh phd A trong ngay thir ¢ ctia nam 2023 dugc cho boi
mot ham sé y = 4sin %(r—@) +10 véi t€Z va 1<r<365. Vao ngdy ndo trong nim thi
thanh phd A c¢6 nhiéu gio 6 anh sang mat troi nhat?

Loi giai
Vi sin 178(t—60)‘<1:>y 4sin 178(t—60)1—i—10<14
Ngay c6 4nh sang mit troi nhiéu nhit < y =14 < sin 78 (t —60)1 1
@m(t—60)—§~l—k27r<:>t:149+356k.

149 54 ez .
Do 0<t§365:>0<149+356k§365@—356<k§89 —E 5k =0.

Véi k=0=t=149 roi vao ngay 29 thang 5 (vi ta da biét thang 1 va 3 c6 31 ngay, thang 4 ¢
30 ngay, riéng dbi v6i nam 2023 thi khong phai nam nhuan nén thang 2 c6 28 ngay hodc dya vao
dir kién 1<7<365 thi ta biét nim nay thang 2 chi c6 28 ngay).

Cho hinh vuéng C, ¢ canh bang 1, C, 14 hinh vudng c6 cac dinh 1a cac trung diém ciia canh

hinh vuéng C,. Tuong tu, goi C, la hinh vudng c6 cac dinh la trung diém cua cac canh hinh



vuodng C,. Tiép tuc nhu vay ta dugc mot day céac hinh vuéong C,,C,,C,,...,C, ,... Tinh téng dién
tich cua 10 hinh vudng dau tién cua day.

Loi giai
Dién tich cua hinh vuéng C, 1a 1

D0 dai duong chéo hinh vuong C, la 2

1
Hinh vuéng C, c6 canh bang 5 duong chéo hinh vudng C,

\/5 2
= Dién tich cta hinh vuéng C, la [Tj
. . . N s R
Hinh vudng C, c6 canh bang 5 duong chéo hinh vuéng C,
4
=> Dién tich cta hinh vuéng C; 1a {%J
. . . U S s .
Hinh vuéng C, c6 canh bang > duong chéo hinh vudng C, |
2 2(11—1)
= Dién tich cta hinh vuéng C, 1a (TJ
Do d6, day dién tich cac hinh vuong C,,C,,Cs;,...,C,,... lap thanh cp s nhan véi s6 hang dau
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