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PHAN 1. ON TAP THEO CHU PE
’ ‘ CHU DE 1. TICH PHAN VA UNG DUNG
A.KIEN THUC CAN NHO
I. TICH PHAN
1. Pinh nghia
Cho f 1a ham sé lién tuc trén doan [a;6]. Gia sit F 1a mot nguyén ham cua f trén [a;b]. Hidusbd F(b)— F(a)

b
duogc goi 1a tich phan tir @ dén b (hay tich phan xac dinh trén doan [4;5] ctia ham sd f(x),ki hidu 1a _[ f(x)dx.

b
Ta dung ki hidu F(x)|’ = F(b)—F(a) dé chi hiéusd F(b)—F(a). Vay [ £(dx= F(x)| = F(b)- F(a).
2. Tinh chit ciia tich phan
a b a
L [ f(x)dx=0 2. [f(x)dx == f(x)dx
a a b

b c c b b
3. j F(x)dx+ j f)dx = f(x)dx(a<b<c) 4. [k.f)de=k[ f(x)dx (keR)

a

5. j[f(x)+g(x) Jdie = j f(x)dx+J g(x)dx .

II. PHUONG PHAP TINH TICH PHAN
1. Phwong phap ddi bién sb

b
Phuwong phdp 1: Cho ham s6 f(x) lién tuc trén doan [a;b]. Dé tinh If(x)dx, d6i khi ta chon ham s

u=u(x)lam bién s6 méi, trong d6 trén doan [a;b],u(x) c6 dao ham lién tuc va u(x)e[a; ).
Gia str c6 thé viét f(x)= g(u(x))u'(x),x e[a;b], voi g(u)lién tuc trén doan [o;B]. Khi d6

b u(b)
If(x)dx =
a H(a)
Phwong phdp 2: Cho ham sb £ (x) lién tyc trén doan[a;b]. Gia st ham s6 x= () c6 dao ham lién tuc trén

doan [a;ﬂ](*)sao cho p(a)=a,0(B)=b va a<e(1)<b voi te[a;f]. Khi do
b i
[£(x)ax=[£(p(e))p'()ar.

(*) Néu < thi ta xét doan [B;a].
2. Phuwong phap tich phin tirng phan
Dinh li: Néu hai ham s u =u(x) va v=v(x) c6 dao ham lién tuc trén [a;b]thi

b b

J.u(x)v‘(x)dx = (u(x)v(x))

a a

Hay

b

b
Iudv = uvr; —_[vdu.
1. UNG DUNG CUA TiCH PHAN TRONG HINH HQC
1. Tinh dién tich hinh phang
a) Dién tich hinh phang gi6i han béi dd thi ham s y = f(x) lién tyc trén doan [a;b] , truc hoanh va hai
duong thing x=a, x=5b duoc tinh theo cong thirc

8 = (|7 x)lax
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v

2k
lf.\‘=f(.\‘)
(=0
_ x=a
g %X =>Db

b) Dién tich hinh phang gidi han boi d6 thi ham s6 y= fi(x), y=/f,(x) lién tuc trén doan [a;b] va hai
dudng thang x=a, x=5 duoc tinh boi cong thirc

$ = [| /) - £ ()| ax

y=£(x)
(H): y=fz(x)

x=b

Chi y
b
- Néu trén doan [a;b], ham s& f(x) khong d6i dau thi: “ f(x0)|dx =

jif(x)dx

2. Thé tich vt thé va thé tich khéi tron xoay
a. Thé tich vat the
Cat mét vat thé (V) boi hai mat phang (P)va (Q)vudng goc voi truc Ox lan luot tai x=a, x=>b (a<b).

Mot mit phing ty y vudng goc véi Ox tai diem x (a<x<b) cit (V) theo thiét dién cé dién tich S(x) (hinh
v&). Gia sir S(x) 12 ham s6 lién tuc trén doan [a;5].
Khi @6, thé tich ¥ cta vat thé (V) dugc tinh béi cong thite

| 4 :i S(x)dx

INEENT /I . S

)
2

b. Thé tich khéi tron xoay " ‘
Thé tich khoi tron xoay dugc sinh ra khi quay hinh phang giéi han bdi do thi ham s6 y = f(x), truc hoanh va

hai dudng thang x=a, x=b quanh truc Ox:

IA
."I (C):y=f(x)
: (Ox):y=0 p )
o] @ B x=a Vf"{[f(x)] dx
I‘\ i,':/_\“kil; x=b

Chii y: Thé tich khéi tron xoay duoc sinh ra khi quay hinh phang gi¢i han béi cac duong y = f(x), y=g(x)
2
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va hai dudng thing x=a, x=b quanh truc Ox:

V=af|f}@)-g w)dr

B. BAI TAP TRAC NGHIEM
2
Cau 1. je”‘ldx bang
1
/s o I s 5 5 o los o
A—(e e). B. —¢’ —¢. C.e —¢". D.—(e +e).
3 3 3

5 5
Cau 2. Biét [ f(x)dv=4. Gid tri cia 3/ (x)dx bing
1 1

AT B. %. C. 64. D. 12.
6 2
Cau 3. Cho j f(x)dx=12. Tinh ] = j F(3x)dx .
0 0
A 1=6 B. I =36 C. /=2 D. /=4

2
Céu 4. Biét F(x)=x" 12 mot nguyén ham ciia ham s f'(x) trén R . Gia trj ciia j (24 f(x))dx bing
1

A B B. 7. c.9.p. 2
4 4

" A 1 S \
Cau 5. Bletjo4 (1+ x)cos2xdx :—+% .Giatricua ab la
a

A.32 B. 12 C. 24 D. 2
Ciu 6. Biét j 21nx =—a+be, voi a,beZ. Chon khing dinh dung trong cac khing dinh sau:
A.a+b—6. B. a+b=-6. C.a+b=3. D. a+b=-3.
Cau7.Cho [—&  —ain2+binS+cinil, véi a,b, ¢ 1a che s6 hitu ti. Ménh d& ndo duci day ding?
NEm

16 X
A.a-b=—c. B.a+b=—c. C.a+b=3c. D.a-b=-3¢
Cau 8. Goi S 1a dién tich cta hinh phéng gi6i han boi cac duong y=¢e*, y=0, x=0, x=2.Ménh dé nao
dudi day dang?
2 2 2 2
A. S=mfe*dx. B. S=e%dx. C. S=nfe'dx. D. S=[e*dx.
0 0 0 0

Cau 9. Cho ham s6 f(x) lién tuc trén R. Goi S1a dién tich hinh phing gi6i han boi cac dudng y = f(x),
y=0, x=—1 va x=>5 (nhu hinh v& bén). Ménh dé nao duéi day ding?

y /J—f(v)

A. S=jf(x)dx+if(x)dx

C. S=—jf(x)dx+j.f(x)dx

Ciu 10. Cho hinh phang (D) dugc gii han boi cac duong x=0, x=7, y=0 va y=—sinx. Thé tich V' cua
khdi tron xoay tao thanh khi quay (D) xung quanh truc Ox dugc tinh theo cong thirc

3
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4

A. V:ﬁj|sinx|cix. B. V=7rJ.sin2 xdx. C. V:jsin2 xdx. =ﬂj(—sinx)dx.
0 0 0
Cau 11. B1etj xdx =aJ5+bV2 +¢ Vi a, b, ¢ 1a céc s hiru ti. Tinh P=a+b+c.
X +1-1
A.P=—§. B.P=z. C.P=§. D. P=2.
2 2 2
¢ 2x-1 1 . .
Céu 12. Cho Iz—dx:—(lna—lnb)+c,vdi a,b,c 1a cac so hitu ty. Gia tri cia 3a+b+10c bing
L 4x” +4x+1
A. 15. B. -15. C. 14. D. 9.
2 o
Céu 13. Cho [ f(x)dx=4. Tinh tich phan 7= [ LG9 g,
o o Cos 23x
A 1=L B. /-2, c. =% p. /=%
3 3 3 3

Céu 14. Cho ham s6 f (x) théa man [ (x+3)/(x)dx =50 va5/(2)-3/(0)=60. Tinh. [ f(x)dx

A. T1=12. B. 7=8. C.I—IO D.71=-12
2
Ciu 15. Biét rén x)dx =2016 . Tinh tich phan J = Bx+1
A. J=2016. B. J=1008. C. J=1344. D. J=3024.
In6
Cau 16. Biét [ = I%_Slna—lnb Vv6i a, b 1a cac s6 nguyén duong. Tinh P = ab.
ln3e +
A. P=-10. B. P=15. C. P=20. D. P=10.

3
Cau 17. Biét [Inxdx=aln3-bn2-1;a,beZ . Khi do, gia tri cua a+b1a
2

A. 5 B. -5 C.1 D. 6
Céu 18. Cho hinh phang D giéi han béi duong cong y =+/2 + cosx , truc hoanh va cac duong thang

x=0,x= % Khdi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich ¥ bang bao nhiéu ?

A V=r-1 B.V=(r-D)rx CV=(rx+Dr D.V=r+l

Cau 19. Mot chat diém A xuat phét tir O, chuyén dong thang véi van tdc bién thién theo thoi gian bai quy
1 11 L .
luat v(t) = @t +§t (m/s) trong do6 ¢ (gidy) l1a khoang thoi gian tinh tr lic 4 bat dau chuyén dong. Tur

trang thai nghi, mot chat diém B ciing xuat phét tir O, chuyén dong thang ciing huéng véi A, nhung cham
hon 5 gidy so voi 4 va co gia toc bang a (m/sz) (a 1a hing s6) . Sau khi B xuét phat duoc 10 gidy thi
dudikip A. Van téc ciia B tai thoi diém dudi kip 4 bang

A. 22 (ms). B. 15 (mys). C. 10 (m/s). D. 7 (m/s).
Chu 20. Cho hamsd f'(x) théamin f(2)=-=, f'(x Zx[f ] vxeR, f(1)= % Giatri f(1) bang:
A2 B. 2. c. -2 p. -2

36 - 3 36 1

5
1

Cau 21. Cho ham s6 f(x) c6 dao ham lién tuc trén R. Biét f(5)=1 va j xf(5x)dx =1, khi do
0

5
Ixzf’(x)dx bang
0
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A. 15. B. 23. C.T.
Cau 22. Mot bién quang co ¢6 dang hinh elip voi bon dinh A,
A,, B,, B, nhu hinh vé& bén. Biét chi phi son phan t6 dam 1a
200.000 dong/m” va phan con lai 1a 100.000 dong/m*. Hoi
s0 tien dé son theo cach trén gan nhat vdi so tien nao dudi day,
biét 4,4, =8m, BB, =6m va tir giac MNPQ 1a hinh chir
nhédt c6 MQ=3m?

A. 7.322.000 dong. B. 7.213.000 dong.

C. 5.526.000 dong. D. 5.782.000 dong.

) 3 1 Y
Ciu 23. Cho duong thing y = 7" va parbol y = Exz +a (a la
tham s6 thuc duong). Goi S, , S, 1an luot 14 dién tich cua hai hinh Ss 3,
phang duoc gach chéo trong hinh vé& bén. A !
Khi §, =S, thi a thugc khoang nao dudi day? ;
Y= 3 z? +a
A. l,i . B. i;l . 0 .
4°32 — 16 32 '
C. (0;i . D. (l,l .
16 32°4
A . \ A 3 2 1 \ Av
Cau 24. Cho hai ham so f(x) =ax +bx +cx—5 va
g(x) =dx’ +ex+1 (a, b,c,d,ec R). Biét r@ing dd thi cua ham sd
y= f(x) va y= g(x) cit nhau tai ba diém c6 hoanh d6 1an luot 1a :
L L
—-3; —1;1 (tham khao hinh v¢) . / 3 1 0y 7
Hinh phang gi6i han boi hai d6 thi da cho co dién tich bang
A. 2 B. 8.
2
C. 4. D. 5.
Cau 25. Cho ham s0 y = f(x). D0 thi cua ha‘lr‘n s0 y=f"(x) Y I
nhu hinh bén. Dt 4(x) = 2.£(x) - x*. Ménh d& nao dudi day dung ? |
A. h(4) = h(-2) > h(2) /4 \ /
B. h(4)=h(-2) < h(2)
C. h(2) > h(4) > h(-2) 5 /
D. h(2) > h(-2) > h(4) l
_9 /
/ 2 4 X

CHU PE I1. SO PHUC
A. KIEN THU'C CAN NHO
Dinh nghia sé phirc
* Mdi biéu thuc dang z=a+bi,trong d6 a,heR, i’ =-1 dugc goi 1a mot sé'phti’c.
¢ ; dugc goi la don vi do.
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* D6i v6i s6 phitc z=a+bi, tandi a 1a phan thuc va b 13 phan 4o cia z.
« Tap hop cac s6 phtrc ki hidu 1a C.
So phirc bang nhau
Hai s6 phirc 13 bang nhau néu phan thyc va phan ao ciia chiing tuong (g bang nhau.

a=c

b=d

Chuy: . Méi s6 thuc a dugce coi ,12‘1 s6 phl’rg v6i phan a0 bang 0 va viét 13 a=a+0i. Taco RcC.
* SO phtre 0+bi dugc goi la sO 4o va viét don gidn 1a bi.

a+bi=c+di<:>{

Biéu dien hinh hoc so phuc

Piém M (a;b) trong mot hé toa do vudng goc cua mat phang duoc ¥
goi 1a diém biéu dién so phirc z=a+bi . ] SEE—— M
0 i x A

Modun cua so phirc
Gia sir s0 phirc z = a +bi dugc biéu dién boi diem M (a;b) trén mat ¥

phing toa d6. Do dai cia vecto OM duoc goi 1a médun cia sb
phtc z va ki hiéu la |z|.

|a+bi|=\/a2 +b°

) SN

0 a X

S0 phic lién hop )
* Cho s0 phiic z=a+bi. Ta goi a—bi 1a so phirc lién hop cua z
vakihiula z=a-bi.

r=a+M
* Trén mat phang toa d9, cac diém bic¢u dién z va z doi xitng nhau

qua truc Ox . >
E‘=|Z|' “_!"\:-'* !

--hr------'-"‘-fzd—.‘Jl

e Nhan xét. z =z,

Phép cong va phép triv sé phike

(a+bi)+(c+di)=(a+c)+(b+d)i;

(a+bi)—(c+di)=(a—c)+(b-d)i.
Phép nhan sé phirc

(a+bi)(c+di)=(ac—bd)+(ad +bc)i.
Téng va tich ciia hai sé phiic lién hop
Cho s6 phttc z=a+bi. Ta co

z+;:(a+bi)+(a—bi)=2a.

zz= (a+bi)(a—bi) =a’+b’ = |z|2.
Téng va tich ctia hai s6 phirc 1ién hop 1a mot s6 thuyc.
Phép chia hai s6 phirc

a+bi=(a+bi)(c—di)=ac+bd+ad—bci
c+di (c+di)(c—di) A+d* F+dt

Can bdc hai cua so thuc Gm
Céc can bac hai ciia s6 thue a <0 1a +i,/|q|.
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Phwong trinh_bdc hai véi hé 56 thuc

Cho phuong trinh bac hai ax® +bx+c=0 v6i a,b,ceR, a#0.Xét biét s& A=b>—4ac cia phuong trinh.
Ta thay

* Khi A =0, phuong trinh c6 mdt nghiém thyc x = —2i;
a

—b+/A
2a

9

* Khi A >0, phuong trinh ¢6 hai nghi¢m thuc phan biét, dugc xac dinh boi cong thiic x =
* Khi A <0, phuong trinh khong c6 nghiém thuc. Khi d6 phuong trinh ¢6 hai nghiém phurc dugc xac dinh
—bxi|A|

P

Trén tap hop s6 phirc, moi phuong trinh béc hai déu c6 hai nghiém (khong nhat thiét phan biét).
B. BAI TAP TRAC NGHIEM

bdi cong thire x =

Ciu 1. Piém nao trong hinh v& bén 1a diém biéu dién sd phuc o
z=-1+2i? Yy--12 .
A. N. B. P. !r . l.I l‘l".
C. M. D. Q. : -
2 1 O] 2 I
i \
Ciu 2. S6 phirc nao dudi ddy 1a s thudn d0?
A. z=-2+3i. B. z=3;. C.z=-2. D. z=+/3+i.
Cau 3. Cho hai s6 phitc z, =7—-4i va z,=2+3i. Tim s6 phic z=z -z, .
A, z=5-i. B. z=9-7i. C.z=5-T7i. D. z=9-i.
Cau 4. Cho hai so phtrc z, =3+2i va z, =2—i. SO phtrc z +z, bang
A.5-i. B. 5+i. C. -5-i. D. —5+i.
Cau 5. SO phre lién hop cia s6 phirc —2+5i 1a
A. z=2-5i. B. z=2+5i. C.z=-2+5i. D. z=-2-5i.
Ciu 6. Cho so phitc z=2+i. Tinh |.
A. |Z|=3. B. |Z|=5. C. |Z|=2. 2|z|=\/§

Cau 7. Goi 4 1a diém biéu dién ctia s6 phirc z=3+2i va Bla diém biéu dién ctia s phirc z'=2+3i .
Trong cac khang dinh sau, khing dinh nao dung?

A. Hai diém 4 va B d6i xng nhau qua dudng thing y=x.

B. Hai diém 4 va B d6i ximg nhau qua gdc toa do O.

C. Hai diém 4 va B ddi xting nhau qua truc tung.

D. Hai diém 4 va B déi ximg nhau qua truc hoanh.
Cau 8. Cho s6 phirc z=1-2i. Diém nao dudi day 1a diém biéu dién cia sb phirc w=iz trén mit phing toa
do?

A. 0(;2). B. N(2:1). C. M(;-2). D. P(-21).
Cau 9. Tim s6 phirc z thoaman z+2-3i=3-2i.
A.z=l—5i.’ B. z=1+i. ) 7 Q.Z=5—’5i. D.z=1-i.
Cau 10. Cho so phtic z, =1-2i, z, =-3+i. Tim diém biéu dién cua s6 phuc z =z, +z, trén mat phang toa do.
A. N(4;-3). B. M(2;-5). C. P(-2;-1). D. O(-1;7).
Céau 11. Cho hai s6 phirc z=2+2i va w=2+i. M6 dun cta s6 phic zw
A. 40. B. 8. C. 2\2. D. 24/10.
Céu 12. Cho sb phirc z=a+bi (a,bcR) théamdn z+1+3i|z|i=0. Tinh S=a+3b
A.S=§. B.S=-5. C. 5=5. D.S=—;

Ciau 13. Goi z, 1 nghiém phirc c6 phan 4o duwong ciia phuwong trinh z> —6z+13=0. Trén mit phang toa do
Oxy , diém biéu dién s6 phirc 1-z, 1a
A. M(-2;2). B. O(4;-2). C. N(42). D. P(-2-2).
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Cau 14. Goi z,,z, 14 hai nghiém phirc phuong trinh z> —6z+10=0. Gia trj z’+z> bang
A. l6. B. 56. C. 20. D. 26.
Cau 15. Ki hiéu z,,z, 13 hai nghiém phtrc ctia phuong trinh z2+4=0. Goi M, N lan lugt 14 cac diém biéu

dién cua z,,z, trén mat phéng toa d0. Tinh T=0M +ON v6i O la géc toa do.
A. T=22. B.T=2 C. T=8. D.T=4.
Cau 16. Ki hiéu z,,z, 14 hai nghiém phirc ciia phuong trinh 2> -3z+5=0. Gid trj cia |z|+|z,| 1a

3

A. 2\5. B. /5. C. 3. D. ==
Cau 17. Cho s6 phtrc z théa man |z|=5 va |z+3|=|z+3-104. Tim s6 phitc w=z-4+3i.
A, w=-3+8i B. w=1+3i C. w=-1+7i D. z=-4+8i

Ciu 18. Xét cac s6 phitc z thoa man (Z +i)(z+2) la s6 thuan do. Trén mit phang toa do Oxy , tap hop tat
ca cac diém biéu dién s6 phtic z 1a mot duong tron 6 ban kinh bang

Al B.2. c. 5 p. 3
4 - 2 2
Cau 19. C6 bao nhiéu sb phirc z théa man |z(z—4—i)+2i=(5-i)z?
A 2. B.3. C.1. D. 10.

Ciu 20. Xét cac s6 phirc z thoa man (E+ 3i )(z ~3) la s6 thuan 4o. Trén mit phing toa do Oxy , tap hop tét

ca cac diém bicu dién cac so phtc z la mot duong tron co6 ban kinh bang

A.% B.3\2. C.3. D.%.
Ciu 21. Xét cac s6 phirc zthéa mén |z| = V2. Trén mit phang toa d6 Oxy , tip hop diém biéu dién cac sb
phuc w= 31+  1a mot duong tron ¢ ban kinh bang
+z
A. 243, B. 12. C. 20. D. 2.5.
Céu 22. C6 bao nhiéu sé phirc z théa man |z| = 2‘z+2‘+4 Va |z—-1-i|=|z-3+3i]?
A 2. B.3. C. 1. D. 4.

Cau 23. Goi S 14 tap hop tit ca cac gia tri thuc clia tham sb m dé ton tai duy nhat sb phirc z théa man z.z =1
va ‘z—\/§+i‘:m . Tim s6 phan tir cia S

A. 2. B. 4. C.1. D. 3.
J10

Ciu 24.Cho s6 phirc z théa (1+2i)|z|=~—-2+i.Ménh dé nao sau ddy ding?
z

A 2<|g<2. B.|o|>2. C.||<1. D. lof<3.
2 2 2 2
Cau 25. C6 bao nhiéu s6 phirc z théa man |z-3i|=5 va Z4 1a s6 thuan ao ?
L
A 0. B. Vo sd. C. 1. D. 2.

’  CHU BE III. PHUONG PHAP TQA PQ TRONG KHONG GIAN

A. KIEN THUC CAN NHO
I. HE TQA PO TRONG KHONG GIAN
1. Toa d§ cia diém va ciia vecto
a. Toa do ciia mot diem

Trong khong gian Oxyz cho métdiém M tiy ¥. Ta cd OM =xi+yj+zk, ta goi (x;y;z)1a toa do ciia
diém M vaviét M =(x;y;z) hoac M (x;y;z).
b. Toa d9 cha vecto

Trong khong gian Oxyz cho vectoa. Tacd a=ai+a,;+ak, ta goi (a;;a,3a,)la toa do cua vectoa va

viét a =(a;;a,;a,) hodc a(a;;a,3a;).
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2. Biéu thirc toa dd ciia cac phép toan vecto
Dinh ly. Trong khong gian Oxyz cho hai vecto a=(a;;a,5a,) va b=(b;b,;b,). Ta cb

« a+b=(a,+b;a, +b;a,+b,), s a-b=(a,~b;a,~ba,-b,),
* ka=k(a;a,;a,)=(ka;ka,;ka,) v6i k 1a mot sb thyc.
H¢ qua.
a,=b,
» Cho hai vecto a=(a;;a,;a,) va b=(b;b,;b,). Tacd a=b=a,=b,.
a;=b,
* Vecto 0 ¢o toa do 1a (0,0;0).
a, =kb,
* V6i b0 thi hai vecto a va b cing phuong khi va chi khi c6 mot s6 k sao cho {a, = kb, .
a, = kb,

« Trong khong gian Oxyz, néu cho hai diém 4=(x,y,;z,) va B=(x,;y,:z,) thi

AB=(x, =X ¥y = V325 —2,) -
3. Tich v huéng
a. Biéu thtc toa d9 cua tich v6 hudng:
Trong khong gian Oxyz cho hai vecto a=(a;;a,5a,) va b=(b;b,;b,). Tacd
ab= ab +ab, +apb,.
b. Ung dung
* D¢ dai ciia mét vecto. Cho vecto a = (a;a,5a5). Khi do ‘Zz‘ =\Ja] +a; +a; .

« Khodng cdch giita hai diém. Trong khong gian Oxyz , néu cho hai diém 4= (xiy5z,) va

B=(x4y52,) thi 4B =\/(xB ) (=) +(z-2,)
* Géc giita hai vecto. Trong khong gian Oxyz, cho hai vecto a =(a;;a,;a,) va b=(b;b,;b,). Ta cb

COS(ZZ,Z;) _ El'li _ ab, + a,b, + a;b, .
lal o) a2+ a2+ a2 b2 + b 40
Dic biét, a Lb < ab=0< ab +ab, +ab, =0.
4. Phwong trinh mit ciu ‘
Dinh Iy. Trong khong gian Oxyz, mat cau () c6 tdm /(a;b;c) va ban kinh R co phuong trinh la
()c—a)2 +(y—b)2 +(z—c)2 =R.
Nhan xét. Phuong trinh dang x>+ y? + 2% + 2A4x+ 2By +2Cz + D=0 v&i didukién 4> +B*+C>*-D>0 la

phuong trinh clia mt cau tdm 7(-4;—B;—C) c6 bankinh R=v A4’ +B*+C*~D .
IL. PHUONG TRINH MAT PHANG
1. Vecto phap tuyén ciia méit phang

Cho mit phing (). Néu vecto n khac 0 va c6 gid vudng goc v6i mit phang (a)thi n duge goi la vecto
phép tuyén ciia ().
Chii y:
e Néu 7 1a vecto phap tuyén ciia mot mit phang thi kn véi k =0, ciing 1a vecto phéap tuyén ctia mat phang
do.
2. Tich c6 hudéng ciua hai vecto

Trong khong gian Oxyz , cho hai vecto a =(a,;a,;3a,) va b=(b;;b,;b,). Tich c6 hudéng cua hai vecto a va b
,kihiéula aAb hoic [21,13] , 1a mot vecto vudng goc voi ca hai vecto a va b, c6 toa do dugce tinh bdi cong
thirc

[5;,13] =(a,by —a,b,;a,b, —aby;ab, —ayb,) .

3. Phwong trinh tong quat ciia mit phang
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Dinh nghia. Phuong trinh c6 dang Ax+ By+Cz+D =0 trong d6 4,B,C khong dong thoi bang 0 duge goi

1a phuong trinh tong quat ctia mat phang.

Nhdn xét.

« Néu mit phang (a) c6 phuong trinh téng quét 13 Ax+ By +Cz+ D=0 thi né c6 mot vecto phéap tuyén 1a
n= (4;B;C).

« Phuong trinh mit phing (a) di qua diém M, (X495, ) nhan vecto n=(4;B;C) khac 0lam vecto phap
tuyén 1a

A(x—x))+B(y-y,)+C(z-2,)=0.
Cac truong hop riéng. ’
+ Phuong trinh mat phang di qua goc toa d9: Ax+By+Cz=0.
+ Phuong trinh mit phang song song hodc chira truc Ox : By+Cz+D=0.
Phuong trinh mét phang song song hodc chira truc Oy : Ax+Cz+D=0.
Phuong trinh mit phang song song hodc chtta truc Oz: Ax+By+D=0.
+ Phuong trinh mit phang song song hodc tring véi mit phang (Oxy): Cz+D=0.
Phuong trinh mit phang song song hodc tring véi mit phang (Oxz): By+D=0.
Phuong trinh mat phang song song hodc tring véi mit phang (Oyz): Ax+D=0.
+ Phuong trinh mat phang cit cac truc Ox, Oy, Oz lan luot tai cac diém (a;0;0), (0;6;0), (0;0;¢) (voi

abc#0): ALY
a b c

4. Piéu kién dé hai mit phing song song, cit nhau, vudng goc
Trong khong gian Oxyz, cho hai mat phang («,) va («,) c6 phuong trinh
(atl):Alx+Bly—i-Clz+D1 =0,
(a,): 4,x+B,y+C,z+D, =0.
Khi d6 (a,) va (a,) c6 hai vecto phép tuyén lan lugt 1a
n=(4:B:C),
n,=(4,;B,;C,).

n =kn, A:B:C)=k(4:B,:C
‘(@) (az)a{”l kn, @{( $B3C) = k(4 BiC)

D, # kD, D, # kD, '

— ’71=k’72 (4:B;C))=k(4;:B,:C,)

*(a,)=(a,) & o )
1 ’ D =kD, | D, =kD,

o (o) cit (a,) e m #kn, < (A4;8;C)#k(4,;B,:C,).
o (o)) L (a,) ©mm,=0 < A44,+BB,+CC,=0.
5. Khoang cach tir mdt diém dén mot mit phing
Trong khong gian Oxyz, cho mit phang (e) c6 phuong trinh Ax+ By +Cz+ D=0 va diém M, (x,;1,:2, ) -
Khoang cach tir diém M, dén mat phang (a), ki hiéula o (M 0,(oc)) , dugc tinh béi cong thirc
d(MO,(oc)) _ |Ax0 + By, +Cz, +D| ‘
JA&+B +C

I11. PHUONG TRINH PUONG THANG
1. Phuwong trinh tham s6 ciia duwong thang
Dinh nghia. Phuong trinh tham s6 ciia duong thang A di qua diém M, (xy3¥0:2,) va 6 vecto chi phuong
a=(a;a,;a,) 1a phuong trinh c6 dang
x=x,+ta,
y=y,+1a, (1),
z=z,+1ta,

10
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trong d6 ¢ 1a tham sb.
® NCu a;;a,;a,deu khac 0 thi nguoi ta con c6 the viét phuong trinh cia duong thing A dudi dang chinh tac
nhu sau

YoX VTN _ZT5
4 a, a,
2. Diéu kién dé hai dudng thzfmg song song, cit nhau, chéo nhau
a. Di€u kién dé hai dwong thang song song
d song song voi d' khi va chi khi chung khong c6 diém chung va hai vecto a,a' cling phuong
a=ka'
Taco d songsong véi d' khivachikhi <Med .
Med'
a=ka'
Piac biét 4 trung véi d' khi vachi khi <M ed .
Med'
b. Diéu ki¢n dé hai dwong thing cit nhau ‘
Goi phuong trinh tham s6 cta hai duong thang 4 vadi d4' lan luot la
x=x,+1a, x=x,+t'a
d:iy=y,+ta, va d":{y=y,+t'a,
z=z,+1a, z=z,+t'a,
Hai dudng thiang d va d' cit nhau khi va chi khi hé phuong trinh 4n ,/'sau
X, +ta, = x,+t'a
Vo +ta, =y, +t'a, (I)
zy+ta, =z, +1'a,
c6 ding mot nghiém.
Chi y. Gia sit h¢ (I) c6 nghiém (1,:1,), dé tim giao diém M, ctia d va d' ta c thé thay 7, vao phuong trinh
tham s6 d hoic thay #, vao phuong trinh tham s6 4.
c. Pidu kién dé hai dwong thiang chéo nhau
Hai duong thing d va d' chéo nhau khi va chi khi a va &' khong cing phuong va hé phuong trinh an 7,¢'
sau
X, +ta, =x,+t'a
Vo +ta, =y, +t'a, (I)
zy+ta, =z, +1'a,
v0 nghiém (d va d'co phuong trigh nhu & myc 2)‘
3. Vi tri twong doi ciia dwong thang va mat phang.
X =x,+1a,
Trong khong gian Oxyz , cho mit phang (a): Ax+By+Cz+D =0 va dudng thang d 1y =y, +1a, .
z=2z,+la,
Xét phuong trinh  A(x, +ta,)+ B(y, +ta,)+C(z,+ta,)+ D=0 (¢ laan). (1)
+ Néu phuong trinh (1) v6 nghiém thi d va (&) khong c6 diém chung, vay d /()
+ Néu phuong trinh (1) c6 ding mot nghiém 7=z, thi d cit (o) tai diem M (x, +4,a,; ¥, +1,a,32, +1,a;)
+ Néu phuong trinh (1) ¢6 v6 s6 nghiém thi & chira trong ().
4. Goc X
a. Goc gilra hai duong thang i
Trong khong gian Oxyz , cho hai duong thang

11
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X=x,+ta x=x,+t'a

d:{y=y,+ta, va d":{y=y,+t'a,

z=2z,+1ta, Z=Z(',+t’a'3
Taco d cb vecto chi phuong u =(a;;a3;a;), d' ¢6 vecto chi phuong v=(a;;a;:a; )
cos(d,d')z‘cos(z;,;)‘zﬂz : |01§11+6212a2ta3a3'2| i
‘qu‘ \/al +a;+a; .\/a1 +a’ +a;

b. Géc giira dwong thing va mit phing
X=X, +1a,
Trong khong gian Oxyz , cho mit phang (P): Ax+By+Cz+D =0 va dudng thang d:{y =y, +1a, .
z=2z,+la,
(P) c6 vecto phép tuyén n=(4;B;C), d c6 vecto chi phuong u =(a;;a,;a;).
Goi ¢ la goc giita duong thing ¢ va mit phang (P). Khi d6

‘ ‘ ‘_ |aA+a2B+a3C|

sing = ‘cos .
‘ H ‘ a+al+al NA + B +C

5. Khodng cach. . ] )
a. Khoang cach tir diém dén dwong thang
Cho dudng thang d di qua M,, c6 VICP » va diém M . Tinh khoang cach tir M d&én d .
e Cach 1:
Goi U la diém sao cho M—OU =u (hinh v&). :4
Néu diém M ¢ d thi dién tich S cta hinh binh hanh c6 hai canh
MM va MU la

S= ‘[MOM,MOU] - ‘[MOM,&]‘ .

Vi khoang cach tir diém M dén duong thang 4 1a chiéu cao cia

“:MOM,;!:” L s

hinh binh hanh néi trén nén ta c6 d(M,d)=
u

Néu M ed thihiénnhién d(M,d)=0 va cong thirc néi trén ding.
e Cach 2: Lap phuong trinh mat phang (P) di qua M vudng goc v6i d . Tim giao diém H cua (P) véi d .
Khi d6 d6 dai MH 1a khoang cach can tim.

b. Khoing cach giira hai dwong thing chéo nhau.

Cho hai duong thang chéo nhau d, va d,, biét d, di qua diém M, va c6 vecto chi phuong «, ; d, di qua diém
M, v c6 vecto chi phuwong u, . Tinh khoang cach giita d, va d,.

e Cach 1:

12
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Lay cac diém U, va U, sao cho MU, =u, ; M,U, =u,. Xét
hinh hop ¢6 ba canh 1a MU,, M,U,, MM, . Ta biét ring thé

tich ¥ cta hinh hop do6 1a

V= ‘[MlUI,MZUz].M1M2| - ‘[Jl ;| MM,
Néu ta xem M M, 1a canh bén ctia hinh hop d6 thi dién tich
day cua hinh hop la S = ‘[uj,uj}
hop chinh la khoang cach gitra d, va d,. Vay ta co
[t
[0.0: ]

e Cich 2: Tim doan vudng goc chung Mn . Khi d6 do dai MN 13 khoang cach can tim.
B. BAI TAP TRAC NGHIEM
Ciu 1. Trong khong gian Oxyz, cho hai diém A(2;-4;3) va B(2;2;7). Trung diém cua doan 4B co toa do

. Khi d6 chi€u cao cua hinh ' - =

¢

d(d,,d,)=

la

A. (1;3;2). B. (2;6;4). C. (%-15). D. (4,-2;10).
Cau 2. Trong khoéng gian véi hé toa do Oxyz, cho ba diém M(2;3;-1), N(-LL;1) va P(;m—1;2). Tim m dé
tam giac MNP vuong tai N.

A. m=-6. B. m=0. C. m=-4. D. m=2.
Ciu 3. Trong khong gian Oxyz,cho mit cau (§):x*+y* +(z~2)" =16. Ban kinh clia mit cau () bang

A. 4. B. 32. C. 16. D. 8.
Ciu 4. Trong khong gian Oxyz,cho mit cau (S):x* +y* + 2> +2x—2z—7=0. Bén kinh ciia mit cau da cho
bing

A AT B. 9. C.3. D. /15

Ciau 5. Trong khong gian Oxyz, cho mit phing (P):x+2y+3z—-1=0. Vecto nao dudi day la mot vecto
phap tuyén cua (P)?

A. n,=(1;2;-1). B. n, =(1;2;3). C. n, =(1;3;-1). D. n, =(2;3;-1).
Céu 6. Trong khong gian vdi hé toa d6 Oxyz, phuong trinh nao dudi day 1a phuong trinh mat phang di qua
diém M (1;2;-3) va cé mdt vecto phap tuyén 7 = (1;-2;3) ?

A. x-2y+3z-12=0. B.x-2y-3z+6=0. C.x-2y+3z+12=0. D.x-2y-3z-6=0.
Cau 7. Trong khdng gian Oxyz, cho hai diém A(1;3;0)va B(5;1;-2). Mat phing trung truc cta doan thing

AB c6 phuong trinh 1a
A.2x—y—z+5=0. B. 2x—y—-z-5=0. C. x+y+2z-3=0. D.3x+2y—-z-14=0.

Ciau 8. Trong khong gian Oxyz, mit phang di qua diém A(2;—l;2) va song song voi miat phang
(P):Zx—y+3z+2=0 c6 phuong trinh la
A. 2x+y+3z-9=0. B.2x—y+3z+11=0. C.2x—y-3z+11=0. D.2x—y+3z-11=0.

Céu 9. Trong khong gian voi hé toa d§ Oxyz, phuong trinh nao dudi day la phuong trinh mat cau di qua ba
diem M (2;3;3), N(2;—1;-1), P(-2;—1;3) va cé tam thudc mat phang («):2x+3y—z+2=0.

A X +y +2° -2x+2y-22z-10=0. B.x’+)y" +z° —4x+2y—-6z-2=0.

C. X’ +y’ +22 +4x-2y+6z+2=0. D. X+’ +2° = 2x+2y-2z-2=0.
Céu 10. Trong khong gian Oxyz, cho ba diém A4(2;0;0), B(0;-1;0), C(0;0;3). Mét phing (ABC) c6
phuong trinh 1a

A2y Zog, B. 2+2+ 2 =1 Cc.i+24Zo D. S+ 42

X
21 3 271 3 271 3 =2 _1 3

13
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x—4 y+2 z-3
-1 -2

Céu 11. Trong khong gian Oxyz, cho duong thing d : . Vecto nao dudi day 1a mot

vecto chi phuong cua d ?

A. u, =(4;-2;3). B. u, =(4;2;-3). C.u,=(3;-1-2). D. u, =(3;1;2).
Céau 12. Trong khong gian véi hé toa dd Oxyz, cho hai diém A(1;1;0) va B(0;1;2). Vecto nao dudi day la
mot vecto chi phuong ctia dudng thiang 4B ?

A. b =(-1;0;2). B. ¢ = (1;2;2). C.d=(-L12). D. d=(-1,0;-2).
Cau 13. Trong khong gian Oxyz  hinh chiéu vudng goc ciia diém A(8;1;2) trén truc Ox c6 toa do 1a
A. (0;1;0). B. (80;0). C. (0;1,2). D. (0;0;2).

Cau 14. Trong khéng gian vai hé toa d6 Oxyz, cho diém M (1,2;3). Goi M|, M, lan luot 13 hinh chiéu vudng
gdc ctia M trén cac tryc toa Ox, Oy. Vecto nao dudi day 1a mot vecto chi phuong cta duong thing M M, ?
A. i, =(1;2;0). B. u, =(1;0;0). C. u, =(-120) D. i, =(0;2;0)
x-3 y+l z-1
2 2

Céu 15. Trong gian gian Oxyz, cho diém M (3;—2;2) va duong thing d : . Mit phing

diqua M va vuong goc v6i d co phuong trinh la

A. x+2y-2z+45=0. B.3x-2y+2z-17=0. C.3x-2y+2z+17=0. D. x+2y-2z-5=0.
Ciu 16. Trong khong gian Oxyz, cho ba diém A(l;l;O),B(l;O;l),C(3;1;0). Puong thang di qua A va song
song v6i BC ¢6 phuong trinh 1a:

A XL _y+l_z xrl_y+l_z xol oyl oz poxl ol oz
T2 11 ) 1 -1 — 2 1 - 4 1 1
Cau 17. Trong khong gian Oxyz, cho céc diém A(1;2;0), B(2;0;2), C(2;-1;3) va D(1;1;3). Duong

thang di qua C va vudéng goc v6i mit phang (ABD) c6 phuong trinh 1a

x=-2-4¢ x=2+4 x==2+4 x=4+2t
A.y=-2-3¢. B. y=-1+3¢. C.y=—4+3¢. D. {y=3-¢ .
z=2—t z=3—t z=2+t z=14+3¢
; . - -1 + .
Cau 18. Trong khong gian Oxyz, cho diém A(l;2;3) va duong thang d : xz 3 = yl =Z 27 . Puong thang
di qua A, vudng goc voi d va cat truc Ox cd phuong trinh 1a
x=-1+2¢ x=1+¢ x=-1+2¢ x=1+2¢
A. <y=2t . B.{y=2+2¢. C.iy=-2t . D. {y=2+2¢.
z =3¢ z=3+2¢ z=t z=3+3¢

Cau 19. Trong khong gian véi hé toa do Oxyz, cho hai diém A(1;—1;2), B(~1;2;3) va dudng thing
d- x—1 _r- 2 _z
1 1

A. M(-1,0;,-3). B. M(2;3;3). C. M(%;%;—%). D. M(—l;—z;—gj.

Ciu 20. Trong khong gian Oxyz , cho mit cau (S): (x+1)2 +(y+1)2 +(z+1)2 =9 vadiem A4(2;3;-1). Xét

;1 . Tim diém M (a;b;c) thudc d sao cho MA* + MB* =28 biét ¢ <0.

cac diém M thude (S)sao cho dudng thang AM tiép xtc véi (S). M ludn thudc mit phing c6 phuong
trinh 1a
A. 6x+8y+11=0. B. 3x+4y+2=0. C.3x+4y-2=0. D. 6x+8y—-11=0.

Céu 21. Trong khong gian Oxyz, cho diém A(0;4;-3). Xét dudng thing d thay doi, song song véi truc Oz

va cach truc Oz mot khoang bang 3. Khi khoang cach tir 4 d@én d nho nhét, d di qua diém nao dudi day?
A. P(-3;0;-3). B. M (0;-3;-5). C. N(0;3;-5). D. 0(0;5;-3).
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Cau 22. Trong khoéng gian Oxyz, cho mat cau (S):x2 +° +(z+\/§)2 =3. Co tit ca bao nhiéu diém
A(a;b;c) (a, b, ¢ 1a cée s6 nguyén) thudc mit phang (Oxy) sao cho ¢6 it nhét hai tiép tuyén ca (S) di
qua A4 va hai tiép tuyén d6 vudng goc véi nhau?
A.12. B. 8. C. 16. D. 4.
Cau 23. Trong khong gian Oxyz, cho mat cu (S ) cotam [ (—2; 1;2) va di qua diém A(l; —2;—1). Xét cac
diém B, C, D thudc (S ) sao cho AB, AC, AD d6i m{t vuéng goc vdi nhau. Thé tich khéi t dién 4BCD
c6 gia tri 10n nhat bang
A. 72. B. 216. C. 108. D. 36.
x=14+3¢
Ciu 24. Trong khong gian Oxyz, cho duong thang d:{y=1+4¢. Goi A 1a duong thing qua A(L;L1) va
z=1

c6 vecto chi phuong u = (1;-2;2) . Puong phan giac ctia goéc nhon tao bdi d va A c6 phuong trinh 1a

x=1+7¢ x=—1+2¢ x=—1+2¢ x=1+3¢
A Jy=1+¢ . B.{y=-10+11¢. C.iy=—10+11z. D. y=1+4t.
z=1+5¢ z=—-6-"5¢ z=6-5¢ z=1-5¢

Céau 25. Trong khong gian voi hé toa dd Oxyz, cho ba diém 4(-2;0;0), B(0;-2;0) va C(0;0;-2). Goi D la
diém khéc 0 sao cho DA, DB, DC d6i mot vudng goc véi nhau va I(a;b;c) 1 tim mit cau ngoai tiép tir dién
ABCD. Tinh S=a+b+c.

A. S=-4. B. S§=-1. C. S=-2. D. §=-3.

‘ ‘ _PHAN 2. PE ON TAP THAM KHAO o
PE 1 (PE THI HKII NAM HOC 2017-2018 — TRUONG THPT CHUYEN LE QUYBON)
Cau 1. Gia st ham s0 f (x) xac dinh trén R va c6 mot nguyén ham la F(x) . Cho cac ménh d¢ sau :
e Néu j f(X)dx=F(x)+C thi j f(Hdx=F(t)+C

o [[redr] = e
o [fde=f1(x)+C

Trong s6 cac ménh dé trén , s6 ménh d¢ sai 1a
A.0. B. 1. C.2. D.3.

Céau 2. Ho nguyén ham ctia ham sb f(x) =x"+ 3 2Wx 1a
X

3 3
A 3mp]-2 e C B. X 4 3Infx]- 2

3 3 3 3

x’ 4 x’ 4 [
C.?+3lnx+§\/x_+C. D. ?—3ln|x|—§\/x_+C.
Ciau 3. Ham s F(x)=1Inx 1a mot nguyén ham cuia ham sb nao sau day trén (0 ; +oo) ?
A. f(x)zl B. f(x)z—l. C. f(x)lenx—x+C. D. f(x)z—Lz.
x x x

Ciu 4. Gia tri tham s6 m @ ham s0 F (x)=mx" +(3m+2)x* —4x +3 1a mot nguyén ham ctia ham s6
f(x)=3x2 +10x—-4 1a
A. Khong co gid trim . B.m=0. C. m=1. D.m=2.
Cau 5. Biét F(x) la mot nguyén ham ctia f(x)=(2x-3)Inxva F(1)=0 . Khi d6 phuong trinh
2F (x)+ x> —6x+5=0 c6 bao nhiéu nghiém?
A l. B.4. C.3. D. 2.
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Cau 6. Cho F(x) 1a mot nguyén hamcua f(x)= x2 théa F(0)=0 . Tinh F(7).
cos” x
A F(7)=-1. B. F(r)=1. C. F(7)=0. D. F(ﬁ)% .
o T ., 29
Cau 7.Cho ae| 0;— |. Tinh Jz'f—zdx theo a.
2 » COs™x
A. Jzitana. B. J=29cota. C. J=29tana. D. J=-29tana.
1
Cau 8. Tinh / = [¢”dx.
0
2_
A et B. e—1. C. 1. p.& !
2 2
Xt +4x
Cau 9. Tinh tich phan /= | dx.
X
1
A.Izﬁ. B.I=§. C.I=_—11. D.E.
2 2 2 - 2
b
Cau 10. Tinh 7 = [ sin’ xcos xdx.
0
AL B.I--L c.r=-1 D.I=1
7 7 6 6
Cau 11. Biét j 2hix dx=—a+be",Vv6i a,beZ.Chon khang dinh ding trong cac khang dinh sau:
X
1
A.a+b=3. B. a+b=6. C.a+b=-3 D.a+b=-6.

Cau 12. Cho [ f(x)dx =5, [ f(H)dt=-2 va [g(u)du =%. Tinh [ (f(x)+g(x))dx bing

A S B. 10 C. 22 —
3 3 3 3
¢ dx : q
Cau 13. Tinh tich phan: / = | —— dugckétqua / =aln3+bIn5. Tong a+b 1a.
‘!.x\/3x+l
A. —1. B. 1. C. 3. D. 2.

Céu 14. Goi S 1a dién tich hinh phing duogc gi6i han béi d6 thi ham s6 y = £ (x) (lién tyc trén [a;5] ),
truc hoanh Ox va hai dudng thing x =a , x = b. Khi d6 S dugc tinh theo cong thirc nio sau day ?

A.SZif(x)dx. B.S= jf(x)dx

. g.s:j|f(x)|dx. D.S= ﬂ_lifz(x)dx.

Cau 15. Cho ham s6 y = f'(x)lién tyc trén R . Khi cho hinh phang (D) gi¢i han béi d6 thi ham s6
y=f(x), y=0, x=x, x=e, quay quanh truc Ox ta dugc khéi tron xoay c¢ thé tich V. Khi d6 V duoc

xac dinh bang cong thirc nio sau day ?

AV = 7zj|£| f(x)dx|. B.V= ;zj P (X)dx . C.V= f| f(x)|dx . D.V = nj A (X)dx .

Céu 16. Dién tich S cta hinh phang gi6i han bai do thi ciia hai ham s6 y = —2x* + x> + x+5 va
y=x>—x+5 bing
1

A. §5=0. B.S=1. C.S=r. D.SZE.
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Céu 17. Tinh thé tich vat thé tron xoay khi quay hinh phing (H) gii han boi d6 thi ham sé y = 4 , truc
X

hoanh, va cac dudng thing x=1, x =4 quanh Ox .

A. V =1n256 . B.V=12x. C.V=12x". D.V=6r.
Ciu 18. Mot chat diém chuyén dong trén truc Ox véi van toc thay doi theo thoi gian v(¢) =3t — 6t (m/s).
Tinh quing duong chét diém d6 di duoc tir thoi diém ¢, =0 dén ¢, =4 ().

A. 16m. B. % m. C.9%m . D. 24m .

Ciu 19. Cho s6 phiic z thoa man (2 —1)(1+1) +z=4-2i.Tinh md dun cta z

A =242 . B. |]=3V2. C. |z=3. D. || =+10.

Ciu 20. Cho s6 phirc z thoa méan hé thic: (1 — 2i)z + 3(1 +i)Z = 2 + 7i. Tim phan thyc, phan o cta s6
phuc z.

A. Phin thuc coa z 1a-3, phﬁn docuaz la2. B. Phan thuc cua z 1a 3, phﬁn aocua z la-2.

C. Phan thuc cua z 1a-3, phﬁn aocua z la-2. D. Phan thuc cua z 1a 3, phﬁn aocua z la2.
Céu 21. Tim s6 phiic z sao cho [z— 4| = |z| va (z + 4) (Z + 2i) 1a s6 thuc

A . z=-2-3i. B.z=-2+3i. C.z=2-3i. D.z=2+3i.

Céau 22. Trong mit phang véi hé toa do Oxy, tim tap hop cic diém biéu dién sé phirc z théa méan diéu kién

\z+i\=|(z_1)(1_i)|

A (x+2) +(y+1) =4. B. (x-2) +(y+1)" =4,
C. (x=2) +(y-1) =4. D. (x+2) +(y-1) =4.
Ciu 23. Trong mit phing toa dd Oxy, tap hop cic diém bicu dién s phuc z thoa man didu kién |z - i| =1
la 7 7
A.Mot duong thang . B.Mot duong tron. C. Mot doan thang . D.M&t hinh vudng.
Ciu 24. Tim s6 phirc z biét |z| =25 va phan thyc gap doi phan 4o
Az, =4-2i; z,=4+2i . B. zy =—4+2i; z,=4+2i.

C.z,=2+4i; z,=-2-4i. D. z, =4+2i; z,=-4-2i.
Cau 25. Cho x, y 1a céc s6 thuc. Hai s6 phitc z, =3+i va z=x+2y— yi bang nhau khi

Ax=5y=-1. B. x=1y=1. C.x=3y=0. D. x=2;y=-1.
Cau 26. Cho x, y 1a cac s6 thuc. S6 phirc z =1+ xi + y +2i bang 0 khi

A x=2y=1. B x=-2;y=-1. C.x=-2;y=1. D. x=2;y=-1.
Céu 27. C6 bao nhiéu s6 phirc z théa z* +|z[=07?
A.0. B. 1. C.2. D. 3.

Ciu 28. Trong mit phing toa 46 Oxy, tim tdp hop diém biéu dién s6 phiic z thoa diéu kién
|z+1—i| =|Z+3—2i|

A. Puong thang. 7 B. Elip. ‘ C. boan }héngv. N D. Buodng tron.
Cay 29. Trong mat phang toa d¢ Oxy, goi A, B lan luot 1a cac diém biéu dien 2 nghiém phuc ctia phuong
trinh z* —4z+13=0. Dién tich tam giac OAB bang

A.16. B. 8. C. 6. D. 2.

Cau 30. Phan thyc va phan 4o ctia s phire z=(1+ i)2018 bang
A.Phén thyc bang 0, phin ao bang 2! . B. Phan thyc bang 0, phan 4o bang —2' .
C. Phan thyc bang 2'" | phan 4o bang 0. D. Phén thyc bang —2'°”, phén 4o bang 0.
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*+3_y=1_222 0 diém

Ciau 31. Trong khong gian v6i hé toa d0 Oxyz, cho dudng thing A:

3
M (0;0;-2). Viét phuong trinh mit phang (P) di qua diém M va vudng goc véi duong thing A.
A. 4x+3y+z+7=0. B. 4x+3y+z+2=0. C.3x+y-2z-13=0. D.

3x+y—-2z-4=0.
Ciu 32. Trong khong gian v6i hé toa &0 Oxyz , mit phang (P) song song v&i hai duong thang

x=2+t
A x;2 =y_—J;1=§, A, :{y=3+2t. Vecto nao sau day 1a vecto phap tuyén ciia (P)?
z=1-t¢
A. n=(-5,6,-7). B. n=(-5-6,7). C. n=(5,-6,7). D. n=(-567).

Ciu 33. Trong khong gian véi hé toa d6 Oxyz cho diém M (—2;1;3). Goi M,,M,, M, l4n luot 14 hinh
chiéu vudng goc clia diém M lén cic truc toa d6 Ox, Oy, Oz. Mit phang (P) di qua ba diém M,, M,, M, c6
phuong trinh

A.(P):—3x+6y+2Z:O. B.(P):6x—3y+22=0. Q.(P):—3x+6y+22=6. D.(P):6x—3y+2z=6.
x—1 _ y+1 _ z+3
-1

Cau 34. Trong khong gian Oxyz cho dudng thang d : . Vecto chi phuong cia duong

thang d 1a
A.u(2152). B.u(1;-1;-3). C.u(-2-1;-2). D.u(-2;1;-2).
Cau 35. Trong khong gian véi hé toa dd Oxyz, cho tam giac ABC c6 A(-1;3;2), B(2;0;5), C(0;-2;1).

Viét phuong trinh dudng trung tuyén AM cia tam giac ABC.
x+1 y-3 z-2

x=2 y+4 z+1

A.AM : B. AM : =

= 4 1 -1 3

Coay Xl _y+3_z+2 Doy XLy =3_ 2
4 2 4 1

Ciau 36. Trong khong gian v6i hé toa d6 Oxyz cho d 1a dudng thang di qua A(l;—2;3) va vudng goc véi
mit phang (P):3x—4y—5z+1=0. Viét phuong trinh chinh tdc cia duong thing d .

"3 4 5 "3 4 s "3 4 5 ~3 4 =
Céu 37. Trong khong gian v6i hé toa d Oxyz, cho diém A(1;—1;3) va hai dudng thing

A x—1:y+2:z—3 B x—1:y+2:z—3_ C x+1:y—2:z+3 D x—1:y+2:z—3

x=4 y+2 z-1

d,: xX=2 y+lz-l

. d,:
1 4 2 1 -l

vudng goc v6i dudng thang d, va cit duong thing d,.

. Viét phuong trinh dudng thang d di qua diém 4,

x-1_ y+1 z-3 x-1_ y+l z-3

A. d: B. d:
2 1 3 -2 2 3
C.d:x—1:y+lzz—3‘ Q.d:x—1:y+1:z—3.
4 1 4 2 -1 -1

Ciau 38. Trong khong gian v6i hé toa dd Oxyz, cho hai diém A(-2;11) va B(0;-11). Viét phuong trinh
mat cau duong kinh A4B.

A (x=1) +y* +(z+1) =2. B. (x+1)" +y* +(z-1) =8.

C. (x+1) +y* +(z-1) =2. D. (x—1)" +y*+(z+1)" =8.
Ciau 39. Trong khong gian v6i hé toa &0 Oxyz, cho mit cau (S):x* + > +z> —4x+2y+62—2=0. Mit

cau (S) c6tdm / va ban kinh R 1.
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A. I(-2;1;3),R=243. B. I(2;-1;-3),R=+12.
C. I(2-1;-3),R=4. D. I(-21;3),R=4.
Ciau 40. Trong khong gian véi hé toa d0 Oxyz . Mit cau (S) o tam I(-1;2;1) va tiép xuc v6i mat phing

(P):x—2y—2z—2=0 c6 phuong trinh

A (x+1) +(y=2) +(z+1)" =3, B. (x+1) +(y-2) +(z+1)" =9.
C. (x+1) +(y—-2) +(z-1)" =3. D. (x+1) +(y—2) +(z-1)" =9

Ciu 41. Trong khong gian vé6i hé toa dd Oxyz , cho ba diém A(Z;—l;S), B(S;—5;7)V2‘1M (x; y;l). Véi gia

tri nao cuax, y thi 4, B, M thang hang ?

A x=4,y=T7. B. x=4,y=-7. C.x=-4y=-7. _x:—4y 7.
Ciu 42. Trong khong gian voi hé toa do Oxyz, cho bon diémA( -1 6) ( 4) ,C(5 ( )
va D(l; 2; 1) . Néu bdn diém A, B, C, D dong phang thi gia tri cia a .

Aa=17 B. a=32. C.a=1. D.a=2.

Ciu 43. Tim gia tri m dé goc gitra hai vecto ii = (l;log3 5;log,, 2), V= (3; log, 3;4) la gbc nhon.

A.O<m<%. E.m>1hoéc0<m<%. C.m>%,m¢1. D.m>1.
x=2+3t
Ciu 44. Trong khong gian v6i hé toa d6 Oxyz , cho hai duong thang d :4 y =-3+¢ va
z=4-2t
L X—4 _y+l oz s . X 2 A s ,
d': 3 = T = —2 . Phuong trinh nao dudi day la phuong trinh duong thang A thudc mat phang chira
d va d', dong thoi cach déu hai dudng thang do.
A.x—3:y+2:z—2. B.x+3:y+2:z+2.
3 1 -2 3 1 -2
C.x+3:y—2:z+2. D.x—3:y—2:z—2.
3 1 -2 3 1 -2
A A . 1A . e 2 x-1 y-2 z-3 |
Cau 45. Trong khong gian voi hé toa do Oxyz, cho hai duong thang d, : 1 = 5 = 1 va
x=1+kt
d,sy=t .Tim gié trj cla k déd,cit d,.
z=—1+2t
A. k=1. B.k=-1. C.k=—%. D.k=0.

Cau 46. Trong khong gian v6i hé truc toa @6 Oxyz, goi d 14 giao tuyén clia hai mit phang c6 phuong trinh
lan lugt1a 2x — y+z+2017=0va x+ y —z+5 = 0. Tinh s6 do d6 goc giita dudong thang d va truc Oz.

A.45°. B.0°. C.30°. D.60°.
Cau 47. Trong khong gian vdi hé toa d0 Oxyz, cho mat phéng(P) :3x+4y+2z+4=0 va hai diém
A(l; -2; 3), B(l; I; 2). Goid,, d, 1an Iuot 1a khoang cach tir diém A va B dén mit phang (P) Trong cac

khang dinh sau khang dinh nao ding?
A d,=2d,. B.d, =3d,. C.d,=d,. D.d, =4d,.
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Cau 48. Trong khong gian véi hé toa d9 Oxyz , cho mat cau (S) s x? +y2 +z° —2x—4y—-6z-2=0.

Viét phuong trinh mit phing (a ) chtra Oy cit mt cau (S ) theo thiét dién 1a duong tron c6 chu vi bang
8.

A.(a):x-3z=0. B.(a):3x+z+2=0. C.(a):3x+z=0. D.(a):3x—z=0.
Cau 49. Trong khong gian véi hé truc toa dd Oxyz , cho mit phang () : 2x+2y —z—4 =0 va duong
x=2 y-2 z+2

\ ) 2 _') _1 9
tam G nam trén duong thang d . Toa d¢ trung diém M cua BC la.

thang d :

. Tam giac ABC c6 A(—1;2;1), cac diém B,C nam trén(a) va trong

A.M(0;1;-2). B.M(2;1;2). C.M(1;-1,-4). D.M(2;-1;-2).
Ciau 50. Trong khong gian v6i hé toa 40 Oxyz, cho dudng thing A ndm trong mit phing
x-2 y-2 z-3

(a):x+y+z—3 =0 dong thoi di qua diémM(l;2;0) va cit duong thang d : " "

. Mot

vecto chi phuong cua A 1a
Acu=(L-1-2). B. u=(1;0;-1). C. u=(L-21). D. u=(1;-21).

DPE 2 (PE THI HKII NAM HOC 2018-2019 - TRUONG THPT CHUYEN LE QUY PON)
\ 2 2 2
Cau 1. Trong khong gian vdi hé truc toa d0 Ozxyz cho mat cau (S) : (x — 2) + (y + 1) + (z — 3) =9

, -2 1 -2
Védub’ngthéngA:xl :y;— —_
A. 0. B. 1. C.2. D. Vo sb.

Ciu 2. Trong khong gian vé6i hé truc toa d6 Ozyz cho mit phang (P) cx+ 3y +42—5=0 va diém

. C6 bao nhiéu mit phang chira A tiép xtic véi mit cau (S ) ?

A(2; -1 —3). Phuong trinh mét phang (Q) d6i xtng voi mit phiang (P) qua diém A la:
A (Q):z+3y+42+23=0. B.(Q):z+3y+42-23=0.
C.(Q):z+3y+42-31=0. D.(Q):x+3y~l—4z+3120.

Cau 3. Trong khong gian v6i hé truc toa d0 Oxyz cho hai vec to ; = (2; 1; 3) va g = (3; —2; 1). Goc gitra

cac vec to ava b bang

A. 60°. B. 120°. C. 30°. D. 45°.
12 5 2019
Cau 4. Cho céc s6 phic z = 4 — 3i va w = 2. {E — EZ . Hay chon khdng dinh diing
A. w 13 sd thuan ao. B. ‘w‘ =35.
C. ‘w‘ = \/g D. w 1a sb thuc.
Cau 5. Ham s6 nao khéng phdi 13 nguyén him ciia ham s§ f () = — 2; ?
T +2x+1
A P() =212 pop(a)= 2,
z+1 z+1
~1 2
C.F(a)=-2=. bp.F(z)=22
r+1 z+1

20



ON TAP MON TOAN KHOI 12 HOC KI II - NAM HOC 2020 - 2021

Céau 6. Dién tich hinh phang giéi han boi d6 thi ham s6 y = cos x va cic duong thang y = 0; z = 0;

¢ = 7 bang
A. 1. B. 2. C.r. D.27.

Céu 7. Trong khong gian v6i hé truc toa dd Ozyz cho diém M (1; —2; 3). Phuong trinh mit phang di qua

diém M cit cac truc toa do x'Ox; y' Oy, z' Oz lan luot tai cac diém A; B;C sao cho M 1a tryc tm tam giac

ABC la:

A (ABC):z+2y—32+12=0. B. (ABC):z—2y+32z+14=0.

C.(ABC’):J:+2y—3z—12:0. D.(ABC)::L’—Qy—I—?)z—M:O.

A U ) g r—1 y—-2 2-3 .
Cau 8. Trong khong gian vdi hé truc toa d0 Ozyz cho hai duong thang (Al): 5 = 3 = 1 va
(AQ): z I 4 —¥ _23 —_ _25 . Toa d6 giao diém M cua hai dudng thang da cho la:

A M(237). B. M (3,57). C. M(0;—1-1). D. M (51;3).

) 243 NG .
Cau 9. Ket qua cua phép tinh tich phan 7 = J. ——dx bang
> XxVx~ =3
Az B. Z. c.z. D.Z.
2 6 4 3

Ciu 10. Trong khong gian véi hé truc toa d6 Ozyz cho cac diém A(l;—l;?)); B 2;—2;1) va C’(—l; 2; 1).
Mit phang (AB C ) c6 mdt vec to phap tuyén la:
A= (8:6:1). B.n=(-8&61).  Con=(8-61).  D.n=(86-1).
Céu 11. Cho cac s phirc z, =3+2ivaz, =6+5i. Tim sO phirc lién hop ciia s phiic 2z = 2z, —3z,.
Az=-12+1li. B.z=-11412i. C.z=-11-12i. D.z=-12—11i.

1
. 1 1 .
CAu 12. Két qua phép tinh tich phan [ = f — dx duge viet dudidang [ = alnb+Inc
s\ z+1l r+2
Vv6i a,b,c 1a cac s6 duong. Tinh gié tri biéu thiac S = ab + 6¢.
A S=1. B.S=4. C.S=6. D. S =3.

2
Ciu 13. Khi tinh tich phan [ = f 22\ z* — 1dz bing cach dat u = z° — 1 ta duoc tich phan nao bén duéi?

1
3 2 3 3
A.I:%[ﬁdu. B.I:[\/Zdu. C.I:[\/Zdu. D.[:2jo\/5du.

Cau 14. Trong khong gian véi hé truc toa d Ozyz cho mit phang (P) 122 +1y—22—7 = 0va diém

1(2;—1; 1). Phuong trinh mat cau (S) c6 tam [ tiép xuc véi mat phang (P) la:
A(S):a?+y' +2° —dr+2—2:42=0. B.(S):a’+y’ +2° —do+2y—2:-2=0.
C.(S): 2" +y’+2" +4w—2y+2:-2=0. D.(S): 2’ +¢" +2 +40 -2y +22+2=0.

Cau 15. Trong khong gian véi hé truc toa d6 Ozyz cho hai mit phang (P):2x+3y+z—6=0 va mit phiang
(Q):x+ y+2z—4=0.Phuong trinh giao tuyén A cuia hai mat phang da cho 1a
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x=1+t¢ x=1+2¢ x=6+5¢ x=6+5¢
A A:qy=1+1 . B. A:y=1-3¢. C.A:qy=-2-3¢. D. A:yy=-2+3¢.
z=1+2¢ z=1+t¢ z=—t z=t

=7

A.‘z1+zz‘:\/ﬁ. B.‘z1+z2‘:3\/§. C.‘zl—i—zQ‘:\/E. D.‘zl—i—zQ‘:%/E.

Cau 17. Trong khong gian véi hé truc toa  do Ozyz cho vec to

MO = 5(32—})+2(3}—22)—3(E—2§).Toad@aiém M 1a:

2, —22‘ = \/g Tinh ‘zl + 22‘

Ciu 16. Cho cac sb phiic 2,32, thoa ‘zl‘ =2;

A M(141;-7). B. M(-14-17). C M(14-L7). D. M(14;—1;—7).
Cau 18. Trong khong gian véi hé truc toa d0 Ozxyz cho cac vec to E = (3; —2; 5) va E = (1; 4; —1).
Do dai trung tuyén AM cuia tam gisac ABC la:

A AM =32, B. AM = 642 C. AM =6. D. AM =3.

Cau 19. Biét rang f(2> = 3;ham sb f'(w) lién tuc va ]f'(x)dx =1 thi gia tri cia f(5) la:
2

A. 5. B. 2. C. 3. D. 4.
Cau 20. Trong khong gian véi hé truc toa 46 Ozyz cho diém A (2; 3; 4). Mit cau tam A tiép xuc véi truc
toa dd z'Ox c6 ban kinh R bang

A. R=4. B. R=5. C. R=2. D. R=3.
Céau 21. S6 phtic 2z nao thoa phuong trinh z = ? -?
zZ+1
A z=1—1. B.z=—-1—1. C.z=—-1+41. D.z=1+:.

Cau 22. Goi (H ) 1a hinh phang gi¢i han béi cic dudng z = 3;y = 2; truc hoanh va truc tung. Thé tich

khéi tron xoay sinh boi (H ) quay quanh truc hoanh bang

A.V =127. B.V =24r. C.V = 36rw. D.V =18m7.
Ciau 23. Trong khong gian vai hé truc toa 46 Ozyz viét phuong trinh mit phang (P ) chira diém M (2; 2; 1)
va truc hoanh.

A (P)i2s—y-2:=0 B.(P)iz—y+z—1=0.
C.(P):y+2:—4=0.D.(P):y—22=0.

1
Cau 24. Két qua cta phép tinh tich phan [ = f 5" dr bang
0

A T=4In5. B.[=5In5. c.r=—" Y
Inb5 Inb
Cau 25. Cho ham s6 y = f () thoa f'(z) = 2— 3sinz va f(0) = 10. Hay chon khing dinh diing
A.f(x):2x—3cos:z:+11. B.f(x):2x+3cosx+7.
C.f(x):2:1:+3sinx+7. D.f(:z:):2:1:—3sinx+11.
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Ciu 26. Cho ham sé lién tuc y = f (x) c6 dd thihamsd y = f! (x)
nhu hinh bén canh. Biét rang do thi ham sb y = f '(x) cit truc

hoanh tai cac diém c6 hoanh do theo thir tu 13 a,b,c. Hay chon khang
dinh dung

A fle) < fla) < f(b). B. f(a) < f(c) < £(b)

C fla)< i) <fle). o r(e)<s(o) < f(a)

Ciu 27. Biét jf(x)dx =6 va j‘f(x)dzzr =10.Tinh [ = jf(m)da:
0 0 3

A. 6. B. -4. C. 16. D. 4.
2 1
Céu 28. Cho ham s y = f(:z:) lién tuc va ff(x)dx =12.Tinh [ = ff(2x)dx
0 0
A. 24, B. 18. C. 12. D. 6.
A < A \ A A B 5 \ A 1 \ ’
Cau 29. Biet F(x) la mdt nguyén ham ctia ham so f(x) = T va F(l) = 5. Tinh F(4)
x
A F(4)=6. B. F(4)=7. C.F(4)=38. D. F(4)=5.
Ciu 30. Cho cac s6 phiic zy=a, +bivaz =a,+bi. S6 phirc z = 2.z, la s6 thyc thi
A.ab, +ba,=0. B.aa,—bb, =0. C.ab, —ba,=0. D. aa, +00b, = 0.
Ciu 31. Trong khong gian véi hé truc toa 4o Ozyz phuong trinh cua truc tung y' Oy viét la:
z=0 T=t z=0 T=t
Aqy=t. B.iy=0. C.iy=t. D.qy=t.
z=t z=t z2=0 z2=0

Ciu 32. Cho cac sb phiic 2z, =a—3bi va z,=2b+ai. Timavabsaocho z, —2, =6—1
a=—4 a=4 a=4 a=—4

A. . B. . C. . D. .
b=1 b=1 b=-1 b=-1

Céiu 33. Goi z;2,;2, la cac nghiém cia phuong trinh 2> +1=0. Tinh gia tri cua biéu thuc

2019 2019 2019

P=z""+2z"+z"".

A. P=-3i. B. P=-3. C. P=3. D. P = 3.
Céu 34. Trong khong gian véi hé truc toa @6 Ozyz cho diém A (6; 3; 4). Mit cau tam A tiép xic voi mit
phang toa do (yOz) ¢6 ban kinh R bang

A. R=5. B. R=3. C.R=14. D. R=6.
Cau 35. Trong khong gian véi hé truc toa 40 Ozyz cho mit phang (P ) cx+y+5z—14 =0 va diém
M (1; —4; —2) . Toa d diém H 1a hinh chiéu vudng goc ctia diém M 1én mit phang (P) la:

A. H(22;2). B. H(-1—6-12).

C. H(4;0;2). D. H(2-33).
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Cau 36. Trong khong gian voi hé truc toa d6 Ozyz cho dudng thing A c¢6 phuong trinh
r—1 y—-2 2+3

A 5 - . Puong thang A di qua diém M nao bén du6i?
A M (5-47). B. M(-57;-12).
C. M(54;-7). D. M (—511;-15).

3 3
Cau 37. Biét j f(x)dx =8. Khi d6 két qua ctia phép tinh tich phan 7 = j [2/(x)~3]dx bang
1 1

A.9. B. 13. C. 16. D. 10.
Cau 38. Ham s6 nao 1a mot nguyén ham ciia ham s6 f (:c) = 1 ?
2047
1 7
A.F(x)zln‘?ﬂ:—i—?‘—i—C. B.F(:z:)z—ln:l:+—+0.
2 2
7
C.F(az):2ln‘2x—|—7‘—|—0. D.F(:z:):2ln:1:—|—§+0.
, € 2 m 1 i
Cau 39. Goi m,n la cac s0 nguyén thoa f 22 In wdy = = a . Hay chon két qua diing
n
1
A.m+n=6. B.m—n=6. C.n—m=256. D. mn =6.
. c 1 Lz 5
Cau 40. Goi F(z]la mdét nguyén ham cua ham sO = fla)=——. Biét ran
i F(xz)la mot nguy y=1le)=—0 g
F(2020) = F(2015) = In6 . Tinh § = F(2022) + F (2016).
A. S=1In72. B. S=1In24. C. 5=1n36. D. S =1n48.
2
Cau 41. Két qua ctia phép tinh tich phan ] = j (x* +4x)e*dx bing
1
A. e(16e-1). B. 16¢* —1. C. > —16e. D. 16e—¢*.

Cau 42. Trong mit phang phirc goi A, B,C lan luot 1a cac diém biéu dién sb phirc z, = \/g — 14
z, = —\/? + V10 va z, = —\/5 + in/14 . Hay chon khing dinh diing

A. Tam giac ABC 1a tam giac déu. B. Tam giac ABC' 1a tam gidc vudng tai A.
C. Tam gidc ABC' 1a tam giac vudng tai B. D. Tam giac ABC' 1a tam giac vuong tai C'.
. 2 .
Cau 43. Cho cic s6 thyc x,y thoa = (3 — 5i) —y(2 — i) = 4 —2i. Tinh gid trj bi¢u thic § = 2z —y.
A S =-1. B.S=-2. C.5=2. D.S=1.

Céu 44. Cho sb phiic z thoa ‘z -1+ Z‘ = 3. Biét rang tap hop cac diém biéu dién sb phirc w = (3 + 42') z
la mdt duong tron. Tim toa d6 tdm 7 cua duong tron do.
A I(-T3-1). B. I(-T7;1). C. I(71). D. I(7;-1).
Ciu 45. Cho cac sb phiic z, =2 —3i va z, = 3+ 1. Tinh modun cta sd phuc 2 = z + 2z,
A.‘z‘:@. B.‘z‘:\/i. C.‘z‘:\/z. D.‘z‘:\/g.
Ciu 46. Trong khong gian v&i hé truc toa dd6 Oxyzcho hinh hop ABCD.A'B'C'D'. Biét rang
AB = (1; 3;4); AD = (—2;3;5)%‘1 A—'C' = (1;1;1). Tinh thé tich khéi hop ABCD.A'B'C'D".
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AV —6. B.V =12. C.V =1. D. V =3

ABCD.A'B'C'D' ABCD.A'B'C'D' ABCD.A'B'C'D' ABCD.A'B'C'D'

Cau 47. Cho phuong trinh x° + y* + z° —2mx + 2(m—2)y +2m + 24 = 0 (*). Trong khong gian v6i hé truc toa
do Ozxyz, (*) 1a phuong trinh cia m§t mat cau khi va chi khi m thoa:

m<-5 m<-2
A, 2<m<5. B. . C. . D. 5<m<?2.
m>?2 m>5

Cau 48. Trong khong gian voi hé truc toa d0 Oxyz cho mat cu (S) cxt y2 + 2 —2x + 4y =0 va
mit phing (P) : 32 — 2y + 52 — 2019 = 0. Céc tiép dién v6i mit cau (S) song song v4i mit phang (P)
tiép xuc voi (S ) tai hai diém A va B.Phuong trinh duong thing AB la:

rac:4+3t 'aczl—l—t
A.AB:{y=—-4—-2t. B. AB:{y=—-2-2t.

z=>5+5t z2=0

(2 =3+1 2= —1+3t
C.AB:{y=—-2—-2t. D.AB:{jy=2-2t

z=2>5 z =0t

Ciu 49. Trong khong gian voi hé truc toa 40 Ozyz cho diém M (2; —3; 1). Goi N;P;Q lan lugt 1a hinh

chiéu vudng goc cia M xudng cac truc toa dd x’ Ox; y' Oy, z' Oz . Phuong trinh mit phang (NP Q) la:

A. (NPQ):2z—3y+2-6=0. B. (NPQ): 3z —2y+ 62 —6 = 0.

C. (NPQ): 3z —2y+62+6=0. D. (NPQ): 2z —3y+2z+6=0.
Céu 50. Goi z; 2, 1a cdc nghiém phuc cua phuong trinh 2z, — 62 +21 = 0. Tinh P = i—|—l
Zl Z2

AP—_T B.P—_2 c.p=2 p.P—_.

2 7 7 2

PE 3 (DE THI HKII NAM HQC 2019-2020 - TRUONG THPT CHUYEN LE QUY DON)
Cau 1. Trong khong gian v6i hé truc toa d6 Oxyz phuong trinh cua truc tung y 'Oy viét la:

x=0 r=t =0 r=t
A.qy=t. B.{y=1t. C.iy=t. D. {y =0.
z2=0 z2=0 z=1 z=1

Cau 2. Cho céc s6 thuc x,y thoa z (3 — i) — y (2 — i)2 — 4 — 2. Tinh gi4 tri biéu thic S = 22 — y.
A. S =2. B.S=1. C.S=-1. D. S =-2.
3 3
Ciu 3. Biét If(x)dx:S. Khi d6 két qua ctia phép tinh tich phan [=I[2f(x)—3]dx bang
A. 9. 1 B. 10. C. 13. 1 D. 16.
Ciu 4. Cho cac sb phirc 2,52, thoa ‘zl‘ =2; z2‘ = \/?; z, — 22‘ = \/g Tinh ‘zl + zz‘
A.‘z1+z2‘:\/ﬁ. B. z1+z2‘:3\/§. C.‘zl—i—zQ‘:\/ﬁ. D.‘zl—i—zQ‘:%/E.

Cau 5. Cho phuong trinh x* + y? +z° = 2mx +2(m —2)y +2m +24 = 0 (*). Trong khong gian vé&i hé truc toa
d6 Ozyz, (*) 1a phuong trinh ctia mot mit cau khi va chi khi m thoa:
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m< -2 m<-=5

A. .. B. -2<m<5.. C. .. D. -5<m<2..
m>5 m>2

Cau 6. Trong khong gian v&i hé truc toa d0 Ozyz cho diém A(2; 3; 4). Mit cau tam A tiép xuc véi truc

toa dd z'Oz c6 ban kinh R bang
A. R=14. B. R=5. C. R=2. D. R=3.

Cau 7. Trong khong gian véi hé truc toa d6 Ozyz cho diém M (2; —3;1). Goi N;P;( lan luot 13 hinh
chiéu vudng goc ciia M xudng cac truc toa dd x’Ox; y’ Oy, z' Oz . Phuong trinh mit phang (NPQ) la:

A. (NPQ):2x—3y+2+6=0. B. (NPQ):2z—3y+2—6=0.

C. (NPQ):3z—2y+62—6=0. D. (NPQ): 3z —2y+62+6 = 0.
Ciau 8. Cho s6 phirc 2z thoa ‘z -1+ z‘ = 3. Biét rang tap hop cac diém biéu dién s6 phirc w = (3 + 42') z

la mdt duong tron. Tim toa do tdm 7 cua dudng tron do.

A. 1(7;1). B. I(—7;—1). C. I(—7;1). D. 1(7;—1).
Cau 9. Goi (H ) 1a hinh phang gi¢i han boi cac dudng z = 3;y = 2; truc hoanh va truc tung. Thé tich khéi

tron xoay sinh boi (H ) quay quanh truc hoanh bang
AV =187. B.V =127. C.V=24r. D.V = 367.
Ciu 10. Trong khong gian véi hé truc toa @6 Ozyz cho cac diém A (1; —1; 3) ; B (2; —2; 1) va C (—1; 2; 1)

. Mit phang (ABC) c6 mdt vec to phap tuyén la:
Ao =(86-1). B.n = (861). C.n=(-861). D.n = (8—61).
Céau 11. Cho cac s6 phirc z, =2 —3i va z, = 3+ ¢. Tinh modun cta s6 phic 2z = z +z,

A.‘z‘:\/g. B. z‘:\/i C.‘z‘:\/i. D.‘z‘:@.

Cau 12. Trong khong gian vdi hé truc toa 40 Ozyz viét phuong trinh mit phang (P ) chira diém M (2; 2; 1)

va truc hoanh.

A (P):2z—y—2:=0 B.(P)iz—y+z-1=0.
C.(P)iy+2:—4=0.D.(P):y—22=0.
Cau 13. Trong mit phang phirc goi A, B,C lan luot 1a cac diém biéu dién sb phirc z, = \/g — Z\/ﬁ ;
z, = —\E + Z\/E va z, = —\/5 + Z\/ﬂ Hay chon khing dinh diing

A. Tam gidc ABC' 1a tam giac vudng tai B. B. Tam giac ABC' la tam giac vuong tai C'.
C. Tam giac ABC 1a tam giac déu. D. Tam gidc ABC la tam gidc vudng tai A.
3 10 10
Ciau 14. Biét ff(x)dx =6 va ff(x)dx =10.Tinh [ = ff(x)dx
0 0 3
A. 16. B. 6. C.4. D. -4.

Ciu 15. Trong khong gian véi hé truc toa d6 Ozyz cho hai mat phang (P):2x+3y+z—6=0 va mit phiang
(0):x+ y+2z—4=0.Phuong trinh giao tuyén A cua hai mit phang da cho 1a

x=1+t¢ x=1+2¢ x=6+5¢ x=6+5¢
A A:qy=1+1 . B. A:qy=1-3¢. C.A:qy=-2-3t. D. A:yy=-2+3¢.
z=1+2¢ z=1+t z=—t z=t
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Céu 16. Cho ham s6 y = f(ac) lién tuc va ]f(:c)d:z: =12.Tinh [ = ]‘f(Qa:)da:
0 0

A. 24, B. 18. C.12. D. 6.
Cau 17. Trong khong gian vdi hé truc toa @9 Oxyz cho cac vec to E = (3; —2; 5) va A_C; = (1; 4; —1).
Do dai trung tuyén AM cuia tam gisac ABC' la:

A AM =6. B. AM =3. C. AM =32, D. AM = 642

Céu 18. Cho ham sb lién tuc y = f (m) ¢6 dd thi ham s

Yy = f'(x) nhu hinh bén canh. Biét ring d6 thi ham sb

y=f' (:L‘) cit truc hoanh tai cac diém c6 hoanh do theo tht

tu 12 a,b,c. Hay chon khang dinh dung

A.f(c)<f(a)<f<b). B.f(a)<f(c)<f(b).

C. fla)< f(b)<flc). D f(c)<f(b)<f(a).

. 2 2 2
Cau 19. Trong khong gian vdi hé truc toa d6 Ozyz cho mat cau (S) : (x — 2) + (y + 1) + (z — 3) =9

, -2 1 —2
Véduc‘mgthéngA:x _yrl_z

. C6 bao nhiéu mat phang chira A tiép xtic v6i mit cau (S )

1 2

?

A.2. B. V6 sb. C.0. D. I.

A . \ A N . I 2 2¢" +1 £ S
Cau 20. Goi m,n la cac s0 nguyén thoa f z . Inzdr = . Hay chon két qud ding

n
1

A.m—+n=6. B.m—n=6. C.n—m=6. D. mn =6.
Cau 21. Cho cac so phiic 2, = a | +bi va z, = a, +b,i. SO phiic z = 2.2, 14 50 thyc thi

A.ab, +ba, =0. B.aa,—bb, =0. C.ab, —ba,=0. D. aa, +00b, = 0.
Cau 22. Ham s6 nio khéng phai 1a nguyén ham cia ham s6 f (z) = — 2; ?

T +2x+1
2 2
A P() =212 pop(a) =23
z+1 x+1
—1
C.F(:C):— T D.F(m):—x .
x+1 x+1

Céiu 23. Goi z;2,;2, la cac nghiém cia phuong trinh 2> +1=0. Tinh gid tri cua biéu thirc
P — 212019 +222019 +232019.

A. P=3. B. P = 3i. C. P=-3i. D. P=-3.
Cau 24. Biét rang f (2) = 3;hamsd f' (33) liéntycva | f' (as)dx =1 thi gia tri cta f (5) la:

2

A. 4. B. 5. C.2. D. 3.
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2019
< . 12 5 . .
Cau 25. Cho cac sophuc z =4 — 37 va w = 2. [E — EZ . Hay chon khang dinh dung
A. w 1asé thyc. B. w 1a sb thuan ao.
C. |u[=5. D. u| = 5.
Cau 26. Goi F (x) la mot nguyén ham cta ham s6 y = f(:c) = ; Biét rang
r —2018

F(2020) - F(2015) —In6. Tinh § = F(2022) + F(2016).

A. S =1n36. B. S=1In72. C. S =1In48. D.S=1In24.
Cau 27. Trong khong gian v&i hé truc toa dd Oxzyzcho hinh hop ABCD.A'B'C'D'. Biét ring

E = (1; 3;4); E = (—2;3;5)%‘1 A—'C' = (1;1;1). Tinh thé tich khéi hop ABCD.A'B'C'D".

AV sepapen =6 BV ipep =12
CViepapep =1 DV ipep =3-
Ciau 28. S6 phtic 2z nao thoa phuong trinh z = j_ -?
z 41
A z=—-1—1. B.z2=—-1+1. C.z=1+1. D.z=1—31.
Cau 29. Ham s6 nao 1a mot nguyén ham ciia ham sé f (z) = L ?
20+ 7
1 7
A.F(x)z—lnx—l———{—C. B.F(x):2ln‘2x+7‘+0.
2 2
7
C.F(x):21nx+§+0. D.F(x)zln‘2x+7‘+0.

Ciau 30. Trong khong gian véi hé truc toa d6 Ozyz cho mit phang (P) cx 43y +42z—5 =0 va diém
A (2; -1 —3). Phuong trinh mit phang (Q) d6i xtng v6i mit phing (P) qua diém A la:

A (Q):z+3y+42+23=0. B.(Q):x+3y+4z-23=0.

C.(Q):z+3y+42-31=0. D.(Q):z+3y+42+31=0.
Chu 31. Cho céc s6 phic 2, = a — 3bi va z, = 2b+ai. Tim a va b sao cho 2z, — 2z, = 6 — i
NS i B.1a:4. C.{a:4. D.{a:_4.
b=1 b=1 b=—1 b=—1

Cau 32. Trong khong gian véi hé truc toa d6 Ozyz cho mit cau (S) Yy 2 20 +4y =0 va
mit phang (P) : 31 — 2y + 52 — 2019 = 0. Céc tiép dién v6i mit cau (S) song song v&i mat phang (P)
tiép xtic véi (S ) tai hai diém A va B.Phuong trinh duong thing AB la:

z=—-—1+3t =4+ 3t =1+t =3+t
A.AB:{y=2-2t . B.AB:{jy=—-4—-2t.C. AB:{y=-2—-2t.D. AB:{y =—2—2t.
z = bt z=5+bt z=0 z=2>5

1
Céu 33. Két qua ctia phép tinh tich phan I = f 5%dx bang
0
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4 5)
Al =—. B. ] =41In5. C.I =5In5. D. [ =—.
Inb 7 . ) ~Inb
Cau 34. Di¢n tich hinh phang gidi han bdi d6 thi ham s6 y = cos x va cac duong thang y = 0; z = 0;
¢ = 7 bang
A.2T. B. 1. C.2. D. 7.

Cau 35. Két qua ctia phép tinh tich phan 1 = j(x4 +4x>)e*dx bang

A. 16e—é*. B. 16¢* —1. | C. ¢* —16e. D. e(16e-1).
Cau 36. Trong khong gian vdi hé truc toa d0 Ozyz cho mat phing (P) 2x+y—22—7=0va diém
1 (2; —1 1). Phuong trinh mat cau (S) c¢6 tam [ tiép xuc véi mat phang (P) la:

A. (S):x2 +y+2 4 +2y—22+2=0. B. (S):x2 +y+ 24+ 2y —22—-2=0.
C.(S):2+y+2" +4r—29+2:-2=0. D.(S): 2’ +1° +2° + 4z -2y +22+2=0.
Cau 37. Trong khong gian vdi hé truc toa d0 Ozyz cho mat phing (P) r4+y+52z—14=0va diém

M (1; —4; —2) . Toa d6 diém H 1a hinh chiéu vudng goc cia diém M 1én mit phang (P) la:
A. H(4;0;2). B. H(2;2;2). C. H(2-33). D. H(~1—6;—12).
Cau 38. Trong khong gian vdi hé truc toa do Ozyz cho diém A (6; 3; 4). Mit cau tam A tiép xtc véi mat

phang toa do (yOz) ¢6 ban kinh R bang

A. R=5. B. R=6. C. R=3. D. R=14.
Cau 39. Trong khong gian voi hé truc toa d6 Ozyz cho dudong thang A c¢6 phuong trinh

r—1 y—2 2z+3

A 5 3 . Puong thang A di qua diém M nao bén du6i?

A. M(5;4;—7). B. M(5;—4;7). C. M(—5;11;—15). D. M(—5;7;—12).

) 243 NG .
Cau 40. Két qua cua phép tinh tich phéan 7 = I dx bang
> xvx2 -3
Az B. Z. cZ. D. Z.
2 4 3 6

A s . . 2 -1 _y—-2 z-3
Cau 41. Trong khong gian v6i hé truc toa d0 Oxyz cho hai duong thang (A1> : 5 = 3 = 1
va <A2) : z I 4 =Y _23 _Z _25 . Toa d6 giao diém M cua hai duong thang da cho la:

A M(3;57). B. M(0;—1—1). C. M(51;3). D. M (237).

Ciu 42. Trong khong gian véi hé truc toa @6 Ozyz cho diém M (1; —2; 3) . Phuong trinh mit phang di qua

diém M cit céc truc toa dd x' Ox; y'0y,;z'Oz lan luot tai cac diém A; B;C sao cho M 1a tryc tAm tam giac
ABC la:
A (ABC):z+2y—32+12=0.

C.(ABC):z—2y+32+14=0.

(ABC): 2 —2y+32-14=0.
(ABC):z+2y—3z-12=0.

e w
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1
. 1 1 .
Céu 43. Két qua phép tinh tich phan [ = f — dx dugc viet dudi dang I = alnb+1Inc
plr+l o +2
Vv6i a,b,c 1a cac s6 duong. Tinh gié tri biéu thiac S = ab + 6¢.
A.S=14. B.S=6. C.5=3. D.S=1.

Ciu 44. Cho cic sb phtic z,=34+2ivaz =6+5i. Tim s6 phtrc lién hop cua sé phic 2z = 2z, —3z,.

Az=—12-11i. B.z=-12411i. C.z=-11+12i. D.2=—11-12.
Cau 45. Trong khong gian voi  hé  truc  toa  d6 Ozyz cho vec to

MO = 5(32—;)+2(3}—22)—3(E—2§).Toad@aiém M 1a:

A M (143-7). B. M(-14-L7). cC. M(14;—1;7). D. M(14;—1;—7).
Ciu 46. Goi z; 2, 1a cdc nghi¢m phirc cua phuong trinh 2z, —62 +21 = 0. Tinh P = 1 + i
Zl Z2
A P=2 B.P=_. c.p--T, p.P=_2.
7 2 2 7

Cau 47. Trong khong gian vdi hé truc toa d0 Ozyz cho haivecto a = (2; 1; 3) va b= (3; —2; 1) . Goc gitra
céc vec to ava b bang
A. 120°, B. 30°. C. 45°. D. 60°.

Ciu 48. Cho ham s y = f(ac) thoa f' (x) =2—3sinx va f(()) = 10. Hay chon khdng dinh diing
A. f(x) =2z +3cosx+T.

B f(x):2x+381nx—|—7.
C.f(x)sz—i%sinx—l—ll. D. f

(:z:) =2rx —3cosx +11.
1

Ciu 49. Biét F(x) 1a mot nguyén ham ctia ham s6 f(a:) = va F(l) = 5. Tinh F(4)

=y

A F(4)=38. B. F(4)=5. C. F(4)=6. D. F(4)=17.

2
Cau 50. Khi tinh tich phan [ = f 222 — 1dx bang cach dit v = z” — 1ta duoc tich phan nao bén dudi?

1
3 2
A.I:lf\/;du. B.I:f\/;du. C. 1=
20 1

Hét

ot

3
Judu . D.I:2f\/;du.
0

30



