PHAN TICH DE THI TNTHPT-MH-2022
DE MINH HOA BGD-TNTHPT 2022

Trwdng THPT AN PHUGC
T4 Todn

PHAN 1: MA TRAN DE MINH HOA BO GIAO DUC 2022

A  Khung ma tran

CAP PO TU DUY
CHU DE CHUAN KTKN Nhan Thong Van Van CONG
biét hidu dung dung cao
. S6 cau S6 cau S6 cau S6 cau
1. Hoan vi-chinh hgp-to6 hop
1 0 0 0 1
) o Sé cau Sé cau Sé cau Sé cau
2. XAac suat cua bien co
0 1 0 0 1
) ) S6 cau S6 cau S6 cau S6 cau
3. Cap so cong
1 0 0 0 1
4. Hai dudng thing vuong S6 cau S6 cau S6 cau S6 cau
goc 0 1 0 0 1
S6 cau S6 cau S6 cau S6 cau
5. Khoang cach
0 1 0 0 1
6. Su déng bién va nghich S6 cau S6 cau S6 cau S6 cau
bién ctia ham sbé 1 1 0 0 9
) S6 cau S6 cau S6 cau S6 cau
7. Cuc tri cia ham so
2 0 0 1 3
8. Gia tri 16n nhAt va gia tri | S0 cau S6 cau S6 cau S6 cau
nhoé nhat ciia ham so 0 1 0 0 1
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CAP PO TU DUY
CHU DE CHUAN KTKN Nhan Thong Van Van CONG
biét hiéu dung dung cao
S6 cau S6 cau S6 cau S6 cau
9. Dudng tiém can
1 0 0 0 1
10. Khao sat su bién thién S6 cau S6 cau S6 cau S6 cau
va vé do thi ham so6 9 0 1 0 3
) S6 cau S6 cau S6 cau S6 cau
11. Ham so luy thwa
1 0 0 0 1
S6 cau S6 cau S6 cau S6 cau
12. Lo-ga-rit
1 1 0 0 2
13. Ham sé mii. Ham sé S6 cau S6 cau S6 cau S6 cau
14. Phuong trinh mi va S6 cau S6 cau S6 cau S6 cau
phuong trinh 16-ga-rit 1 0 0 0 1
15. Bét phll‘dng trinh mu va Sé cau Sé cau Sé cau Sé cau
S6 cau S6 cau S6 cau S6 cau
16. Nguyén ham
2 0 1 0 3
S6 cau S6 cau S6 cau S6 cau
17. Tich phan
2 1 0 0 3
) S6 cau S6 cau S6 cau S6 cau
18. Ung dung cua tich phan
0 0 0 1 1
) S6 cau S6 cau S6 cau S6 cau
19. Khai niém so phic
2 0 0 0 2
20. Phép cong, trir va nhan S6 cau S6 cau S6 cau S6 cau

s6 phic
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CAP PO TU DUY

CHU DE CHUAN KTKN Nhan Thong Van Van CONG
biét hiéu dung dung cao
1 0 0 0 1
. S6 cau S6 cau S6 cau S6 cau
21. Phép chia so6 phic
0 1 0 0 1
22. Phuong trinh bac hai he | S0 cau S6 cau S6 cau S6 cau
50 thye 0 0 1 0 1
. S6 cau S6 cau S6 cau S6 cau
23. Cuc tri so phic
0 0 0 1 1
24. Khai niém vé thé tich S6 cau S6 cau S6 cau S6 cau
cua khéi da dién 9 0 1 0 3
25. Khai niém vé mit tron S6 cau S6 cau S6 cau S6 cau
xoay 1 0 1 0 2
. S6 cau S6 cau S6 cau S6 cau
26. Mat cau
1 0 0 1 2
27. Hé toa do trong khong S6 cau S6 cau S6 cau S6 cau
gian 2 0 0 0 2
. S6 cau S6 cau S6 cau S6 cau
28. Phuong trinh mat phang
1 0 0 0 1
29. Phuong trinh dudng S6 cau S6 cau S6 cau S6 cau
thing trong khong gian 1 9 1 0 4
TONG 28 10 8 4 50

B Bang mo ta chi tiét noi dung cau héi

Cau 1 (2D4Y1-1). Xac dinh cac yéu t6 co ban ctia sé phiic

Cau 2 (2H3Y1-3). Phuong trinh mit cau (xac dinh tam, ban kinh, viét PT mat cau don gian, vi tri tuong
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d6i hai mét cau, diem dén mit cau, don gian)

Cau 3 (2D1Y5-8).
Cau 4 (2H2Y2-1).
Cau 5 (2D3Y1-1).
Cdu 6 (2D1Y2-2).
Cau 7 (2D2Y6-1).
Cau 8 (2H1Y3-2).
Cdau 9 (2D2Y2-1).
Cau 10 (2D2Y5-1)

Cau 11 (2D3Y2-1).
Cdu 12 (2D4Y2-1).
Cau 13 (2H3Y2-2).
Cdu 14 (2H3Y1-1).
Cadu 15 (2D4Y1-2).
Cau 16 (2D1Y4-1).

do thi

Cdu 17 (2D2Y3-2).
Cau 18 (2D1Y5-1).
Cau 19 (2H3Y3-3).
Cadu 20 (1D2Y2-1).
Cau 21 (2H1Y3-2).
Cadu 22 (2D2Y4-2).
Cdu 23 (2D1Y1-2).
Cau 24 (2H2Y1-2).
Cdu 25 (2D3Y2-1).
Cau 26 (1D3Y3-3).
Cau 27 (2D3Y1-1).

Cau hoi Iy thuyét

Bai toan st dung dinh nghia, tinh chat, vi tri tuong do6i
Dinh nghia, tinh chat va nguyén ham co ban
Tim cuce tri dua vao BBT, do thi

Bat phuong trinh co ban

Tinh thé tich céc khéi da dién

Tap xac dinh clia ham s6 chita ham liiy thira

. Phuong trinh co ban

Dinh nghia, tinh chat va tich phan co ban
Thuyc hién phép tinh

Xac dinh VTPT

Tim toa do diém, véc-to lien quan dén hé truc
Biéu dién hinh hoc c¢g ban ctia sé phiic

Bai todn x4c dinh cdc duong tiem can clia ham s6 (khong chita tham s6) ho#ic biét BBT,

Bién doi, rit gon, biéu dién biéu thic chita 16-ga-rit

Nhan dang do thi, bang bién thién

Tim toa do diém lién quan dén duong thing

Bai toan chi st dung P hoac C hoac A

Tinh thé tich cac khoi da dien

Tinh dao ham ham s6 mi, ham s6 16-ga-rit

Xét tinh don diéu dya vao bang bién thién, do thi

Dién tich xung quanh, dién tich toan phan, do dai duong sinh, chiéu cao,
Dinh nghia, tinh chat va tich phan co ban

Tim hang tit trong cap s6 cong

Dinh nghia, tinh chat va nguyén ham co ban

T$ Toan An Phuéc



Cdu 28 (2D1Y2-2).
Cau 29 (2D1B3-1).
Cau 30 (2D1B1-1).
Cau 31 (2D2B3-2).
Cau 32 (1H3B2-3).
Cau 33 (2D3B2-1).
Cau 34 (2H3B3-7).
Cau 35 (2D4B3-2).
Cdu 36 (1H3B5-3).
Cau 37 (1D2B5-4).
Cau 38 (2H3B3-2).
Cau 39 (2D2K6-3).
Cau 40 (2D 1K5-4).
Cdu 41 (2D3K1-1).
Cdu 42 (2H1K3-4).
Cadu 43 (2D4K4-2).

Cau 44 (2D4G5-1).
Cau 45 (2D3G3-1).

Cau 46 (2H3K3-2).
Cau 47 (2H2K1-1).

Cau 48 (2D2G6-5).
Cau 49 (2H2G2-6).
Cau 50 (2D1G2-1).

Tim cuc tri dua vao BBT, do thi

GTLN, GTNN trén doan [a ;b ]

Xét tinh don diéu ctia ham s6 cho béi cong thiic

Bién ddi, rit gon, biéu dién biéu thiic chita lo-ga-rit

Xac dinh goc gitta hai dudng thang (diing dinh nghia)

Dinh nghia, tinh chat va tich phan co ban

Bai toan lién quan gitta duong thang - mat phang - mat cau
Xac dinh cac yéu t6 co ban ctia s6 phiic qua cac phép toan
Khoang cach tit mot diém dén mot mit phang

Tinh xac suat bang cong thitc nhan

Viét phuong trinh duong thang

Phuong phép dit an phu

Su tuong giao ctia hai do thi (lien quan dén toa do giao diém)
Dinh nghia, tinh chat v nguyén ham co ban

Cac bai toan khac(goc, khoang cach,...) lien quan dén thé tich khéi da dién
Dinh 1i Viet va tng dung

Phuong phap hinh hoc tim cyce tri s6 phiic

Dién tich hinh phing dudc gigi han bdi cac do thi

Viét phuong trinh duong thang

Thé tich khéi nén, khoi tru

Phuong phap ham s6, danh gia

Bai toan tong hop vé khéi nén, khéi tru, khéi cau

Tim cyc tri ctia ham s6 cho bdi cong thiic
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PHAN 2: PHAN TiCH PE MINH HOA BO GIAO DUC 2022

7= CAU 1 DE MINH HOA

CAU 1. Modun ciia s6 phic z = 3 — i bing
A. 8. B. V10. C. 10. D. 2V/2.
# Loi gidi.
Tacé z =3 —i= |z| =10,
Chon dap an
B PHAN TiCH:
1. Dang todn: Xac dinh cac yéu t6 co ban ctia s6 phiic : Mo-dun, phan thic, phan 4o, s6 phic lién hop.
2. Mitc dd: Nhan biét.
3. Dinh huéng 6n tap: Hoc sinh can nim viing phan ly thuyét vé sd phitc va cac phép toan sd phiic.

O

4. Kién thitc can nim va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 1

Xac dinh mé-dun, phan thuc, phan o, sé6 phic lién hop ciia sé6 phiic

1. Céac kién thitc co ban vé sbé phiic

Tap hop s6 phtic ky hieu 1a C.

S6 phiic (dang dai s6) 1a biéu thiic c6 dang z = a + bi (a,b € R), a 1a phan thyc, b 14 phan 4o, i

1a don vi 4o, 2 = —1.

2z 1a s6 thuc khi va chi khi phan o ctia z bang 0 (b = 0).
e 2 13 6 thuan 4o khi va chi khi phan thuc cta 2z bang 0 (a = 0).

S6 0 vita 1a s6 thuc vira 1a s6 do.

Hai s6 phitc biang nhau: Cho s6 phiic z; = a + bi vi 2, = ¢ + di. Khi dé,

a==c

b=d.

21=ZQ¢>a+b’i=C+di<:>

2.Cac phép toan veé sbé phiic

Cho s6 phtic z; = a + bi Vi 29 = ¢ + di.

0.1 Phép cong hai sb phitc 2 + 20 = (a + bi) + (¢ + di) = (a + ¢) + (b + d)i.
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0.2 Phép trit hai s phitc 2, — 2o = (a + bi) — (c+ di) = (a — ¢) + (b — d)i.
0.3 Phép nhan hai s6 phitc 2,2, = (a + bi)(c + di) = (ac — bd) + (ad + be)i.

0.4 Phép chia hai s6 phiic Khi 2z, # 0 thi

a_mcZ acZk o (atb)(c—di)  (ac+bd) + (be —ad)i  ac+bd bc—adi
2 wZ o |wf A+ 2+ d? A+ A+

0.5 Mbo-dun ciia s6 phitc  Mo-dun clia s6 phitc z = a + bi (a,b € R) 1 |2| = Va2 + b2.

z 2z )
) 2= B (ong 46 5 2 0),

Z9 |22|
ozl =zl <2+ 2] <l + 2], o 2l =zl <z = 2] <] + 2]

0.6 Sb6 phic lién hop S6 phic lien hop ciia sé phiic 2 = a + bi 1a Z = a — bi.

. %ZZ, . zl+22221—|—§2, . 21—22:21—22,
_ _ 21 Z1 _
« Z1 23 =721 %o, . (—):_— (29 #0), . z2-Z=2?=a®+ b2
22 <2

3. Tong n so hang dau cta cap s6 nhan

Cho cap s6 nhan (u,) c6 s6 hang dau u; va cong boi ¢ # 1. Tong n sé hang dau ctia cap sé nhan la

gt —1

Sn:U1+U,2+"'+Un:U1' .
qg—1

/

= CAU 2 DE MINH HOA

CAU 2. Trong khong gian Ozyz, mit cau (S) : (z +1)2 + (y — 2)% + 22 = 9 ¢6 ban kinh bing

A. 3. B. 81. C. 9. D. 6.
# Loi giai.
Ta c6 R? = 9 nén ban kinh méit cau R = 3.
Chon dap an @ O

B PHAN TIiCH:

1. Dang todn: Phuong trinh mat cau (x4c dinh tam, ban kinh, viét PT mat cau don gian, vi tri tuong
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d6i hai mat cau, diém dén mat cau, don gian).
2. Mifc do: Nhan biét,
3. Dinh huéng 6n tap: Hoc can ndm viing phan ly thuyét va cach giai bai todn vé phuong trinh mat

cau.

4. Kién thic can ndm va phuong phap giai:

©® PHUONG PHAP GIAI CAU 2

Phuong trinh mat cau

1. Xac dinh tam va ban kinh mat cau.

e Phuong trinh mat cau (S): | (z — a)® + (y — b)* + (2 — ¢)* = R?| ¢6 tam I (a;b;c) ban kinh
R.

e Phuong trinh: |2% + y? + 22 + 2ax + 2by + 2cz + d = 0| v6i diéu kien > + 0>+ —d > 0 1a
phuong trinh mat cau tam I (—a; —b; —c), c6 ban kinh 1a R = v/a2 + b + ¢2 — d.

2. Viét phuong trinh mat cau (9).
Dang 1. Biét (S) c6 tam I(a;b;c) v di qua diém A.
Ban kinh R =TA = /(x4 —a)?+ (ya — b)2 + (24 — ¢)2.
Dang 2. Biét (S) c¢6 duong kinh AB.

— 2 . P} — 3
Bé:n kinh R = AB — \/(fEB :UA) + (yB2 yA) + (ZB ZA) .

) la trung diém AB.

Taml(xA‘i‘xB.yA"‘yB.zA"‘ZB

2 2 2
Dang 3. Mit cau ngoai tiép ti dien ABCD.
IA=1B
Tam [ (a;b; ¢) 1a nghiem hé phuong trinh < /A = IC . Béan kinh R = [ A.
IA=1D
Dang 4. Mat cau c6 tam I(a;b; ) va tiép xic mit phang (a) : Az + By + Cz+ D = 0.
A Bb D
Tam I (a;b;c). Ban kinh R =d[/,(«)] = [Aa+ Bb+ Cc DI
A2+ B + C?

/

= CAU 3 DE MINH HOA

CAU 3. Diém nao dusi day thuoc dd thi ctia ham s6 y = 2% + 22 — 27
A. Diem P(—1;-1). B. Diém N(—1;-2). C. Diém M (-1;0). D. Diém Q(—1;1).
# LJi giai.
Thay diém M (—1;0) vao ham s6 y = * + 2% — 2 (théa man).
Chon dap an @ O
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Bi PHAN TiCH:
1. Dang toan: Tim di¢m trén do thi clia ham s6.
2. Mifc dé: Nhan biét,

3. Dinh hudng 6n tap: Hoc sinh can nim viing phan ly thuyét va cach gidi bai toan vé ham so.

4. Kién thiéc can ndm va phuong phap giai:

©® PHUGONG PHAP GIAI CAU 3

& Dang 3 // Tim diém trén doé thi ham sé

Cho ham s6 y = f(x) ¢6 do thi (G). Khi d6 :

M (x0;y0) € (G) © yo = f(x0)

= CAU 4 DE MINH HOA

|

CAU 4. Thé tich V ciia khéi cau ban kinh r dudc tinh theo cong thic ndo duéi day?

A V= %71’7”3. B. V =2mr3. C. V =4nr3. D V= §7T7“3.
# Loi giai.
Theé tich khéi cau c6 ban kinh r 1a V = §7T7"3.

Chon dap an @

O

Bi PHAN TiCH:

1. Dang toan: Bai toan vé mit cau: Cong thiic tinh dién tich, thé tich, VITD gitta mat cau véi mp,
dt.

2. Mic do: Nhan biét,

3. Dinh huéng 6n tap: Hoc sinh can nim vitng phan ly thuyét v cach gidi bai toan dém.

4. Kién thic can ndm va phuong phap giai:

©® PHUGONG PHAP GIAI CAU 4
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T6 hop-Chinh hop-Hoan vi

Tap hop cac diem M trong khong gian céch diém O c¢6 dinh mot
khodng R goi la mat cau tam O, ban kinh R, ki hi¢u 1a S(O; R).
Khi d6, S(O; R) = {M|OM = R).

1. Vi tri tuong d6i cia mot diém dbi véi mot mit cau

Cho mat cau tam O ban kinh R va A la mot diém bat ki trong khong gian.
e Néu OA = R thi ta néi diém A ndm trén mat cau S(O; R).
e Néu OA < R thi ta néi diém A ndm trong mat cau S(O; R).
e Néu OA > R thi ta néi diém A ndm ngodai mat cau S(O; R).

Tap hop cac diém thuoc mit cau S(O; R) cling v6i cac diém nam trong mit cau do goi 1 khdi cau hodc
hinh cau tam O ban kinh R.

2. Vi tri tuong d6i cia mit phing d6i v6i mit cau

Cho mat cau S(O; R) va mat phang (P). Goi d la khoang cach tit tam O clia mat cau dén mat phang
(P). Ta co:
e Néu d > R thi mit phang (P) khong cat mat cau S(O; R).
e Néu d = R thi mat phang (P) va mat cau S(O; R) c6 mot diém chung duy nhat. Khi do, ta noi
mat phang (P) tiép ziic v6i mat cau S(O; R).

Diém tiép xtic goi la tiép diém, (P) goi la mdt phdng tiép xic hay tiép dién clia mat cau.
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e Néu d < R thi mat phang (P) cat mat cau S(O; R) theo mot dudng tron ban kinh R/ = /R2? — d2.
Dic bigt, khi d = 0 thi tam O thudc mat phang (P), giao tuyén ctia (P) va S(O; R) 1a duong tron
tam O ban kinh R. Duong tron nay goi la duong tron lon.

Diéu kién can va di dé mat phang (P) tiép xtic v6i mat cau S(O; R) 1a (P) vuong géc v6i ban

kinh tai tiép diém.

3. Vi tri tuong d6i ciia dudng thing déi véi mat cau

Cho mat cau S(O; R) va duong thiang A. Goi d 1a khodng cach O dén dudng thang A. Khi do,
e d > R < A khong cat mit cau S(O; R).
e d < R < A cit mit cau tai hai diém phan biét.

e d =R < A vamat cau S(O; R) tiép xtic nhau. Do dé, diéu kién can va da dé A tiép xic véi mit

cau S(O;R) la d = R.

4. Vi tri tuong dbi ctia dudng thang d6i v6i mit cau

Cho mit cau S(O; R) va duong thang A. Goi d 1a khoang cach O dén dudng thang A. Khi do,
e d > R < A khong cat mat cau S(O; R).
o d < R« A cit mat cau tai hai diém phan biét.
e d= R < A vamit cau S(O; R) tiép xtic nhau. Do d6, diéu kién can va di dé A tiép xic véi mit
cau S(O;R) la d = R.
5. Céng thic tinh dién tich mat cau va thé tich khbi cau

Cho mit cau ban kinh R. Khi d6,

e Dién tich mat cau: S = 47 R2.
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? 7z N 4
e Thé tich khéi cau: V = §”R3'

7= CAU 5 DE MINH HOA

CAU 5. Tréen khoang (0; +00), ho nguyen ham clia ham s6 f (z) = 22 1a
A. /f daz—E% +C )dx—gw§+0.
2 s 2
de = —z2 + C. D. —z2 +C.
(w)dz = g2 /f ~ 3"

# LOi giai. )
Ho nguyén ham ctia ham s6 f(z) = 22 1a /f(x) dz = /x% dz = gxg +C.
Chon dap an (C)

O

B PHAN TIiCH:

1. Dang toan: Tinh nguyén nguyén ham bang d/n - tinh chat va bang nguyén ham.

2. Mitc dd: Nhan biét.

3. Dinh huéng 6n tap: Hoc sinh can nim vitng phan 1y thuyét va cach gidi bai toan nguyén ham.

4. Kién thitc can nim va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 5

& Dang 5 /// Tim nguyén ham bang dinh nghia, tinh chat, bang nguyén ham

1. Dinh nghia nguyén ham

Cho ham s6 f(z)xac dinh trén K . Him s6 F(x) dugde goi la nguyén ham ctia ham s6 f(z) trén K néu
F'(z) = f(x),Vz € R.

2. Tinh chit ctia nguyén ham
o/f'(x) de = f(z) + C.
o/kf(x)da: = k/f(w)dx v6i k # 0.

o [l 2 g@)ae = [ f@)as [gla)dn

3. Bang nguyén ham ctia mot sé6 ham sé thudng gip
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Nguyén ham cg ban Nguyén ham md rong

1 (az + b)**
— A _1 .
(ax + b)* PR— +C, (a# —-1);

o
o
8

|
Q

(oW
S
I
S
+
Q

-In lax 4 b| + C;

)

°
8
°
o
8
I

1
cos(ax + b) d :—sm(ax-l—b)-l—C (a #0);

8=

Q.
S

[
=3
8
_|_
Q

1
sin(ax +b)dx = - cos(az +b)+C, (a #0);

cosxdr =sinx + C

1
sinzdr = —cosz + C =—tan(ax+b)+C’ (a #0);

/i
o
g
-/
/S e x:—écot(ax—i-b)—i-C,(a;éO);
g
ke
|

cos2 (az +b)

dr = tanz + C,

\\ \\ T\\\\
3
Il
=
Q

1
——dr = —cotz + C} /

sin® x cos? x

/

7= CAU 6 DE MINH HOA

CAU 6. Cho ham s6 y = f(z) c¢6 bang xét dau ctia dao ham nhu sau

—2 0 1 4 400

- 0 4+ 0o - 0 + 0 -

S6 diém cuc tri cia ham s6 da cho 1a
A. 3. B. 2. C. 4. D. 5.
# LOi giai.
Dua vao bang xét dau dao ham nhan thiy f’(r) d6i dau qua cic gia tri 2 = —2, 2 = 0, v = 1, 2 = 4. Vay
ham s6 ¢6 4 diém cuc tri.
Chon dap an (C) O

B PHAN TIiCH:
1. Dang todn: Tim cyc tri dya vao BBT, do thi ctia ham s6.
2. Mitc dd: Nhan biét.

3. Dinh huéng 6n tap: Hoc can niam viing phan 1y thuyét va cach giai bai toan vé cic tri clia ham sb.

4. Kién thitc can nim va phuong phap giai:
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©® PHUGNG PHAP GIAI CAU 6

& Dang 6 /// Tim cuc tri clia ham s6 dua vao bang bién thién
Xéac dinh cac yéu to lien quan dén cuc tri ¢ mic do nhan biét va thong hiéu, dua vao bang bién thien
hoac do thi.

e Loai 1: D6i v6i bai toan cho trude bang bién thién, ta can quan sat ki cac yéu to sau day:

— Néu f/(x) ddi dau tit (+) sang (=) khi  di qua diém xq thi 2o 1a diém cyc dai ctia ham s6.
T do, ta 6 gia tri cyc dai ctia ham s6 1a yop = f(w0).

— Néu f/(z) ddi dau tit (—) sang (+) khi = di qua diém 2, thi 2y 1a diém cyc tiéu ctia ham s6.
Tit do, ta co gid tri cyc tiéu clia ham s6 1a yor = f(20).

— S5 diém cue tri ctia ham s6 bang s6 nghiém don clia phuong trinh f/(z) = 0.

— Va céc em ciing cht ¥ ring: ham s6 f(x) vAn c6 thé dat cyc tri tai cac diém ma f’(x) khong

xéc dinh nhung diém dé phai thuoc tap xac dinh ctia ham sb.

e Loai 2: D6i v6i bai toan cho truée do thi, ta can quan sat ki cac yéu to sau:

)
diém cye dai
cuia do thi

Z--| Ycb

TCT
T
|

xcp O \'/ x
Yor |- - e

diém cyc tiéu
ctia do thi

/

= CAU 7 DE MINH HOA

CAU 7. Tap nghiém ctia bat phuong trinh 2% > 6 1a

A. (log, 6;+00). B. (—o0;3). C. (3;+00). D. (—o0;log, 6).
# Li gidi.
Ta c6 2 > 6 < = > log, 6.

Vay tap nghiém ctia bat phuong trinh 1a S = (log, 6; +00).
Chon dap an @ O

B PHAN TiCH:
1. Dang toan: Giai bat phuong trinh mi, logirit bang phuong phap dua vé cung co sob.
2. Mitc dd: Nhan biét.
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3. Dinh huéng 6n tip: Hoc sinh can nim vitng phan Iy thuyét va cach gidi bai toan vé bat phuong
trinh mi, logirit bang phuong phap dua vé cling cd sb .
4. Kién thitc can nim va phuong phap giai:

©® PHUGONG PHAP GIAI CAU 7

Bat phuong trinh mii co ban

1. Xét bat phuong trinh dang a® > b. (dang a® > b giai tuong ty)

e Néu b < 0, tap nghiém ctia bat phuong trinh 1a R.
e Néu b > 0, khi d6

Véia > 1, taco a® > b<& x> log,b.

V6i0 <a<1,tacoa® >bs v <log,b.

2. Xét bat phuong trinh dang a® < b. (dang a® < b giai tuong tu)
e Néu b < 0, bat phuong trinh vo nghiém.
e Néu b > 0, khi d6

Vé6ia>1,tacoa® <bs x<log,b.
V6i0 <a<1,tacoa® <bs x>log,b.

3. Véia>1,a’™ <at® & f(z) < g(z).

4. V6i0<a<1,a/® < a9 o fz) > glz).

= CAU 8 DE MINH HOA

CAU 8. Cho khéi chép c6 dien tich ddy B = 7 va chiéu cao h = 6. Thé tich ctia khéi chop da cho bing
A. 42, B. 126. C. 14. D. 56.

# Loi giai.

Thé tich ctia khoi chép V = %hB = % 6.7 =14.

Chon dap an @

O

B PHAN TiCH:

1. Dang toan: Tinh thé tich cac khéi chop.

2. Mirc d6: Nhan biét.

3. Dinh huéng 6n tap: Hoc can nim vimg phan 1y thuyét va cach gidi bai toan vé tinh thé tich khoi
chop.

4. Kién thitc can nim va phuong phap giai:
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©® PHUGNG PHAP GIAI CAU 8

J/// Tinh thé tich khéi chép

. . 1 .
The tich khoi chop: V = §Bh v6i B: dién tich day, h: chiéu cao.

7= CAU 9 DE MINH HOA

CAU 9. Tap xac dinh ctia ham s6 y = 2V2 1a
A R B. R\{0}. C. (0;+00). D. (2;+00).
& Ldi gidi.
Ham s6 y = 22 xac dinh khi va chi khi z > 0.
Vay 2 = (0;400).
Chon dap an @

O

B PHAN TiCH:

1. Dang toan: Tim tap xac dinh ctia ham s6 liy thita.

2. Mirc d6: Nhan biét.

3. Dinh huéng 6n tap: Hoc sinh can nam vitng phan ly thuyét va cach giai bai toan vé tap xac dinh
ham s6 liiy thita.

4. Kién thitc can nim va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 9

Ham sé liiy thira

Ham s6 luy thita 1a ham s6 ¢6 dang y = 2, trong d6 « la mot hing sb tuy .

Tt dinh nghia cac luy thita, ta thay:

1. Ham s6 y = 2® v6i a nguyén duong, xac dinh v6i moi z € R.
2. Ham s6 y = %, v6i a nguyén am hodc o = 0 xac dinh v6i moi x € R\ {0}.

3. Ham s6 y = %, v6i a khong nguyen, c6 tap xac dinh 1a tap hgp cac s6 thyce duong (0; +00).
Khi tim tap xac dinh ctia ham s6 lity thita can cha :

1. Ham s6 y = [u(x)]* v6i o nguyéen duong, xac dinh véi moi u(z) € R.

2. Ham s6 y = [u(z)]¥, v6i o nguyén am hodc o = 0 xac dinh véi moi u(x) € R\ {0}.

3. Ham s6 y = [u(x)]*, véi a khong nguyén, xac dinh khi u(x) > 0

7= CAU 10 DE MINH HOA

|
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CAU 10. Nghiém ctia phuong trinh logy(z +4) = 3 1a
A. z=5. B. x=4. C. z=2 D. z =12
# Lo gidi.
r+4>0 x> —4
Ta c6 logy(z+4) =3 < = S x=4.
r+4=2° z =4
Vay x = 4 la nghiém ctia phuong trinh.

Chon dap an O

Bi PHAN TiCH:

1. Dang toan: Phuong trinh mia-Phuong trinh logarit co ban.

2. Mifc d6: Nhan biét.

3. Dinh huéng 6n tap: Hoc sinh can nim viing phan ly thuyét va cach giai bai toan giai pt mi va pt
logarit co ban.

4. Kién thitc can nam va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 10

& Dang 10 /// Phuong trinh mii-Phuong trinh logarit co ban

1. Cac cong thic can dung dé giai phuong trinh, bat phuong trinh logarit

Cho cac s6 duong a, b, ¢, by, by va a # 1. S6 thuc a.

log,1=0; log,a=1 log,(a®) = a; a%8b =1

b
log, b1bs = log, by + log,, bo log,, b_l = log, by — log,, bo;
2

1
log,, 5= log, b

log, b
log, b* = a'log, b; log, a® = « log, b = e (¢ #1);

log.a
loga{l/l_):ﬁlogab (n>2,n€N) log. b — (b£1)

log, a

log,[f(x)]* = alog, | f(x)] néu « chdn | log,. b = éloga b (a#0)
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2. Phuong trinh ma - PT logarit co ban

l.a"=bs x=log,b(v6i0<a#1,0>0).
af® = a9 & f(z) =g(z) (v6i0<a#1).
log,z2=b& x=a’vé6i (a >0,a#1).

log, f(x) =b< f(z) =

e

5. log, f(v) =log, g(z) &

f(x) = g(x)
7= CAU 11 DE MINH HOA
5 5 5
CAU 11. Néu/f(sc)da::3v\ /g( = -2 thl/ (z)]dz bang
A. 5. ’ B.2—5. i D. 3.

% L3i giai.
Ta c6 /[f(x)Jrg(x)] d:c=/f(x)dx+/g(x)dx=3+(—2):1.

2
Chon dap an @

O

B PHAN TiCH:

1. Dang todn: Tinh tich phan bang dinh nghia va tinh chat tich phan.

2. Mitc dd: Nhan biét.

3. Dinh huéng 6n tdp: Hoc sinh can nam ving phan ly thuyét va cach gidi bai toan tinh tich phan
bang dinh nghia va tinh chat.

4. Kién thitc can nim va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 11

& Dang 11 /// Tinh tich phan bing dinh nghia va tinh chat tich phan

1. Dinh nghia tich phan

Cho ham s6 y = f(z) lién tuc va xac dinh trén doan [a;b]. Gid st F(z) 1a mot nguyen ham cta f(z)

trén doan [a; b].
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b
Hieu s6 F'(b) — F(a) dudc goi la tich phan tit @ dén b clia ham s6 f(z). Ki hiéu la /f(x) dz.

Vay / f(z)de = F(z)

2. Tinh chét tich phan xac dinh

Tinh chat ctia tich phan xac dinh.

/f dx—/f dx-l—/f )dx véi a < ¢ < b.

a

o k/bf / kf(x)dz véi (k #0).

. /bf(x) dx:—/af(:v) da.

a

. /b(f(fv)ig(w)) dx:/bf( )dﬂfi/bg( )dz
° /bf(x)dxz/bf(t)dtz/bf(z)dz
'/bf'(l“)dw=f($)z=f(b)—f(a)

/

7= CAU 12 DE MINH HOA

CAU 12. Cho sb phiic z = 3 — 2i, khi d6 2z bing

A. 6—2i. B. 6 — 4. C. 3—4. D. —6 + 4.
# Loi gidi.
Ta c6 2z = 2(3 — 2i) = 6 — 4i.
Chon dap an O

Bi PHAN TiCH:
1. Dang toan: Xac dinh cic yéu t6 co ban clia s6 phiic qua cic phép toan ctia s6 phiic.
2. Mirc d6: Thong hicu.
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3. Dinh hudng 6n tdp: Hoc sinh can nam viing phan ly thuyét va cach gidi bai toan vé xac dinh céc
yéu td co ban clia s6 phiic qua cac phép toan ciia sd phiic.

4. Kién thitc can nim va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 12

& Dang 12 /// Xac dinh cac yéu t6 co ban sé phic qua ciac phép toan

1. Khai niém s6 phitc S6 phiic (dang dai s6) z = a + bi. Trong d6 a, b € R; a la phan thuye, b 1a

phan ao.

2. Hai s6 phitc bang nhau Cho hai s6 phtic 2; = a + bi (a, b € R) vA 20 = ¢+ di (¢, d € R). Khi
a=c
dé z1 =2 & )
b=d

Cho hai s6 phitc 21 = a+bi (a, b € R) va 20 = d+ di (¢, d € R).

3. Phép cong s6 phitc Khi dé z; + 20 = (a+¢) + (b+d)i ; 21 — 2 = (a — ¢) + (b — d)i.
4. Phép trit hai s6 phiic z; — 2o = (a + bi) — (c+ di) = (a — ¢) + (b — d)i.
5. Phép nhan hai sé phiic 2,2, = (a + bi)(c + di) = (ac — bd) + (ad + be)i.

6. Phép chia hai s6 phiic Khi z, # 0 thi
n_mcZ oz Z (a+bi)(c—di)  (ac+bd) + (be—ad)i  ac+bd  bc—ad,

— — = = i.
29 29+ Zo |22|2 2+ d? c? + d? cA4+d? 2+d?

7. S6 phiic lién hgp S6 phitc lien hop ciia z = a + bi (a, b € R) 1a 2 = a — bi.

8. M6 dun ctia s6 phitc V6i 2z = a + bi (a, b € R) ta c6 |z| = Va2 + b2
o [2122| = |z - 2], o [|z1] =2l < a1 + 2| < a1 + 2],
al_ |

= — (trong do6 z # 0),
22

|Z2|

o [|z1] — |2|| < |21 — 22| < 2] + |22l

= CAU 13 DE MINH HOA

CAU 13. Trong khong gian Ozyz, mit phing (P) : 2z — 3y + 42z — 1 = 0 ¢6 mot vectd phap tuyén la
A ng=(-1;2;-3). B. n3 = (-3;4;-1). C. ny = (2;-3;4). D. n7 = (2;3;4).
# LOi gidi.
Mit phang (P): 2z — 3y + 4z — 1 = 0 ¢6 mot vects phap tuyén la ns = (2; —3;4).
Chon dap an (C) O
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Bi PHAN TiCH:

1. Dang toan: Tim VTPT ciia mit phing.

2. Mifc dé: Nhan biét,

3. Dinh huéng 6n tap: Hoc sinh can ndm vitng phan 1y thuyét va cach gidi bai toan vé phuong trinh
mat phing.

4. Kién thic can ndm va phuong phap giai:

® PHUGNG PHAP GIAI CAU 13
Tim VTPT ciia mit phang

1. Phuong trinh tong quat ciia mit phiang (P) trong khong gian c6 dang (P): Az +By+Cz+D =0
v6i A*+ B? 4+ C? > 0.

2. Néu phuong trinh mit phang (P) ¢6 dang Az + By + Cz 4+ D = 0 thi mot véc-to phap tuyén ctia
mit phang 1a 7 = (A; B; C).

3. Néu mat phang (P) vuong goc véi gia clia vée-to 1 # 0 thi véc-to 7 1a mot véce-to phap tuyén
clia mat phang (P).

4. Néu mat phang (P) song song hodc chita gid ciia hai véc-to khong ciing phuong 5’,3 thi véc-to
[E’j}? 13 mot vée-to phap tuyén clia mat phang (P).

5. Néu mat phang di qua diém M (a; b; ¢) vanhan 7 = (A; B; C') 1a mot véc-td phap tuyén thi phuong
trinh ctia mit phang 1a A(x —a) + B(y — b) + C(z — ¢) = 0.

= CAU 14 DE MINH HOA

CAU 14. Trong khong gian Ozyz, cho hai vecto @ = (1;3; —2) va T = (2;1;—1). Toa do clia vecto @ — T
la
A. (3;4;-3). B. (—1;2;-3). C. (—-1;2;-1). D. (1;-2;1).
# Loi gidi.
Taco U — 0 = (—1;2;—1).

Chon dap an @

O

Bi PHAN TiCH:
1. Dang toan: Tim toa do diém, véc-to lien quan dén hé truc Oxyz.
2. Mitc dd: Nhan biét.

3. Dinh huéng 6n tap: Hoc sinh can nim vitng phan 1y thuyét va cach giai bai toan vé tim toa do

diém, véc-to lien quan dén heé truc Ozyz
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I 4. Kién thitc can nim va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 14

& Dang 14 // Tim toa dé diém-Toa dé vec-to lién quan dén hé toa dé Oxyz

1.Toa do véc-td Cho @ = (z;y;2) & @ = 7 +yg + k.
Dinh li: Cho @ = (a1;as;a3), b= (by;bo; b3), k € R.
1. (_l)zi:z): (alibl;agﬂ:bg;agibg).
2. k?[ = (k;al; kag; kag).
a; = b1

3. Hai véc-to bang nhau @ = b e as = by

a3:b3.
— - — - 3] a2 as
4. b =kb — === —.
all b= a & b by by

. Mo-dun (do dai) véc-to: @2 =ai+aj +a3 = || =+/a? + a3 + a3

. Tich vo hudng: @ - b = | @] - ’3’ - CO8 (Tz’,_b)).

oS Ot

—

OEL’LZ@Z{' b =a1-b1+a2~bg+a3~b3:O

Suyra: OCOS(ZL)T))): ?L)F _ al-b1+a2-bg+a3-b3
|g|."b” Vai +ad+al- 0+ 03+ b2

2.Toa d6 diém

M(a;b;c)@al\_/[):a7+b7+c?:(a;b;c).

Me (Ozy) = 2=0,M € (Oyz) ©x=0,M € (Ozz) ©y=0
M60x®y=z:0,M€Oy@x=z:0,M€Oz<:>:c=y:0.'

Dinh li: Cho hai diém A = (z4;y4;24), A = (zB;Ys; 2B).
1. AB = (x5 — 4;Yp — ya; 28 — 24) = AB = V(zs —x4)?+ (ys —ya)® + (2B — 24)%.

TA+TB YA+ YB 2A+ 2B
2 72 72 '

2. Goi M la trung diém ctia AB = M (

3. Goi G la trong tam tam giac ABC = G (xA +tTeHIc Yatystyc Zat s +ZC>.

3 ’ 3 ' 3
4. Goi G la trong tam t& dien ABCD, khi dé toa do diém G la
Ta+2xp+xc+ZTp Ya+ys+yYc+yYp 2a+ 2+ 2c+ 2p
G 4 ; 4 ! 4 '
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7= CAU 15 DE MINH HOA

CAU 15. Tren mit phing toa do, cho M (2;3) la diém biéu dién clia s6 phitc z. Phan thic clia z bing
A 2. B. 3. C. -3. D. -2

# Loi gidi.

Vi M(2;3) 1a diém biéu dién ctia s6 phiic 2z nén 2 = 2 + 3.

Vay phan tit ctia s6 phiic z 13 2.

Chon dap an @

O

B PHAN TiCH:

1. Dang toan: Biéu dién hinh hoc ctia s6 phiic.

2. Mitc dd: Nhan biét.

3. Dinh huéng 6n tap: Hoc sinh can nim viing phan ly thuyét va cach giai bai toan vé sd phiic.
4. Kién thitc can nim va phuong phap giai:

©® PHUGCNG PHAP GIAI CAU 15

& Dang 15 /// Biéu dién hinh hoc ciia s6 phiic

Biéu dién hinh hoc s phic

S6 phiic 2 = a + bi (a, b € R) duge biéu dién bdi diem M (a;b) hay bdi y
% = (a;b) trong mat phing phitc (mat phang véi he toa do Oxy).

\

7= CAU 16 DE MINH HOA

-~ N Z 3 2 2
CAU 16. Tiem can ding cta do thi ham s6 y = < +2 1a dudng thang c¢6 phuong trinh
x p—

A x=2. B. z=-1. C. z=3. D z=-2.

= 400 nén dd thi ham s6 nhan duong thang x = 2 lam tiém can ding.

O

Chon dap an @

B PHAN TIiCH:

1. Dang toan: Bai toan xac dinh cic dudng tiém can ctia ham s6 (khong chita tham s6) hodc biét BBT,
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do thi.

2. Mifc do: Nhan biét,

3. Dinh huéng 6n tap: Hoc sinh can nam vitng phan ly thuyét va cach giai bai toan vé duong tiém can
ctia do thi ham sé.

4. Kién thic can ndm va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 16

AL W///' Tiem can ctia d6 thi ham sb

1. Pudng tiém can ngang: Cho ham s6 y = f(z) xac dinh trén mot khodng vo han (1a khoang

dang (a; +00), (—00;b) hodc (—oo; +00)). Dudng thing y = y, 14 duong tiem can ngang (hay tiem

can ngang) ctia do thi ham s6 y = f(z) néu it nhat mot trong cac diéu kién sau duge théa man

lim f(z) =yo; lim = yj.

T—r+00 T——00

Y

y = f(z)

Yo

2. Dudng tiém can ding: Duong thing z = zy duge goi la dudng tiém can ding (hay tiem can

diing) ctia do thi ham s6 y = f(x) néu it nhat mot trong cac diéu kién sau duge thoa man

o lim f(z) =400 o lim f(z)=—00
a:—)a:(')" T—=T
e lim f(r)=—-c0 e lim f(z) =400
Y

Zo
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3. Hudéng giai:
B1. Tim tap xac dinh ctia ham sb.
B2. Tinh giéi han ctia ham s6 tai vo cuc dé tim tiém can ngang.

B3. Tinh giéi han ctia ham s6 tai cac diém ham s6 khong xac dinh dé tim tiém can ding.

P(x)
Q(x)

la ham phan thiic hiu ti.

Q(wo) =0

e Néu z( théa méan thi do thi c6 tiem can ding 1a x = .
e Néu bac ciia P(z) < bac cta Q(x) thi do thi ¢6 tiém can ngang.

R . b
° Dﬁthihamsﬁy:ax+
cx+d

Néu y =

d
c()TCD:x:——VaTCN:y:E.
c c

1

= CAU 17 DE MINH HOA

CAU 17. V6i moi s6 thyc a duong, log, g bang

1
A. 5 log, a. B. log,a+ 1. C. logya — 1. D. log,a — 2.
# Loi gidi.
Ta c6 log, % = log, a — log, 2 = log, a — 1.

Chon dap an @

O

B PHAN TiCH:
1. Dang toan: Bién ddi, rit gon biéu thiic c6 chia logarit.
2. Mic d6: Nhan biét.

3. Dinh hudéng 6n tap: Hoc sinh can nam viing phan 1y thuyét va cach gidi bai toan vé logarit.

4. Kién thic can ndm va phuong phap giai:

©® PHUGCNG PHAP GIAI CAU 17

— O ET - /// Bién déi, riit gon biéu thiic cé chita logarit

1. Dinh nghia:

Cho hai s6 duong a, b v6i a # 1. S6 a théa man ding thiic a® = b duge goi la logarit co s6 a clia b va
ki hieu 1a log, b. Ta viét: a = log, b < a® = b.
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2. Cac tinh chét:
Cho a, b> 0, a # 1, ta co:
e log,a=1,log,1=0.

e a%%.% =} log, (a®) = a.
3. Cac quy tac:
e Logarit clia mot tich: Cho 3 s6 duong a, by, by v6i a # 1, Ta co6

log,, (b1bs) = log, by + log, by

e Logarit ctia mot thuong: Cho 3 s6 duong a, by, by v6i a # 1, Ta c6

b
loga - = loga bl - loga b2
ba

1
Dac biét: v6i a, b > 0, a # 1, log, y = —log, b.

e Logarit ctia liy thira: Cho a, b > 0 véi a # 1, v6i moi «, ta ¢6

log, b* = alog, b

1
Dic biét: log, V/b = — log, b.
n
e Cong thiic déi co s6: Cho 3 s6 duong a, b, c véi a # 1, ¢ # 1, ta c6

log,.b

log, b =
log.a

1 1
Dac biet: log, ¢ = va logh b = —log, b véi av # 0.
log,. a Q@

C

7= CAU 18 DE MINH HOA

CAU 18.
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Ham s6 nao dudi day c6 do thi nhu duong cong trong hinh bén? y

1
A y=a'—227-1. B.y:x—i_ :

r—1
C.y=2°-3z—1. D y=a2>+z—1. /\ O

% L3i giai.

Dura vao hinh dang do thi ta thay rang duong cong & hinh vé 1a do thi ctia ham s6 bac ba, do dé ta chon dugc
ham s6 y = 2® — 3z — 1.

Chon dap an @ O

B PHAN TiCH:

1. Dang toan: Nhan dang do thi hay BBT clia ham sb.

2. Mic d6: Nhan biét.

3. Dinh hudng 6n tdp: Hoc sinh can ndm vitng phan 1y thuyét va cach gidi bai toan vé khao sat ham

SO.

4. Kién thitc can nim va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 18

CARLUERENY/// Nhan dang do thi hay BBT ciia ham sé

Dé nhan dang do6 thi ham s6 ta lam nhu sau:

e Duira vao hinh dang do thi suy ra ham s6 bac 3, bac 4 hay phan thitc . Néu ham s6 bac 3 , bac 4
dau heé s6 a.

e Giao diém ciia dd thi véi hai truc toa do.

e Cuyc tri ctia ham s6 ( hay TCD-TCN).

1. Nhan dang d6i v6i do thi ham s6 bac ba y = az® + bx? + cx +d (a # 0).

e Dira vao hinh déang do thi suy ra dau ctia hé s6 a.
| @ > 0< nhanh phai ctia do thi di len
Ta thay . o
a < 0 < nhanh phai ctia do thi di xuong
e Giao diém ctia dd thi va truc tung: z = 0 suy ra y = d.
e Cuc tri va diém udn

— ' =3ax® +2bx +c;y =0 3ax® +2bx +c=0
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— Xét dau b dung x, + x5 = _3—ab suy ra dau b.
— Xét dau ¢ dung x; - 19 = é suy ra dau c.
e Tim diém thuoc do thi.
2. Nhan dang d6i véi do thi ham s tring phuong y = az? + bz? + ¢, (a # 0).

e Dua vao hinh dang do thi suy ra dau ctia hé sb a.
| @ >0 < nhanh phai clia do thi di len
Ta thay . .
a < 0 < nhéanh phai ctia do thi di xuong
e Giao diém ctia do thi va truc tung :x =0 suy ray = ¢
e Néu ab < 0 do thi c¢6 3 cuc tri va ab > 0 do thi c6 mot cuc tri.

e Tim diém thuoc do thi.

R P b
3. Nhan dang do thi ham nhat bien y = ar+
cr +d
R d .. a
e Tim tiém can ding xr = —— va tiém can ngang y = ——.
c

ad — bc > 0 ham s6 dong bién, ad — bc < 0 ham sd nghich bién.

e Tim diém thudc dd thi.
e Giao diém ctia do thi va truc hoanh 1a (—é; 0) , giao diém ctia do thi va truc tung la (O; g)
a
v6i d # 0.
/
7= CAU 19 DE MINH HOA
r=142t
CAU 19. Trong khong gian Ozyz, dudng thing d : y=2—2t diqua diém nao dudi day?
z=-3-—3t
A. Diém Q(2;2;3). B. Diém N(2;—-2;-3). C. Diém M(1;2;-3). D. Diém P(1;2;3).
# L gidi.
Dé thay rang duong thang d luon di qua diem M (1;2; —3).
Chon dap an @ O

Bi PHAN TiCH:

1. Dang toan: Xac dinh cac yéu t6 co ban ctia duong thang.

2. Mitc dd: Nhan biét.

3. Dinh huéng 6n tdp: Hoc sinh can nam viing phan Iy thuyét va cich gidi bai toan vé phuong trinh

dudng thang.

T6 Toan An Phudc



I 4. Kién thitc can nim va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 19

& Dang 19 /// Xac dinh céc yéu té co ban ctia dudong thing.

1.

Trong khong gian Ozyz, cho ba diem A(xa;ya;24), B(xs;ys; zp) va Cxc;yo; 2¢)

Ta c6 AB = (T —TA;YB — Ya; 2B — 24).

( A+ 2T
=T
Toa do trung diém I ciia doan théing AB, I { y; = YaTYs —; ys
ZA + ZB
= .
\ 2
( Tpa+ xR+ T
o=
Toa do trong tam G cua tam gidac ABC, G yg = w
zZa+ 2z + zZ¢
=0
\ 3
T=(ny2)eT=0i+y] +2k

r = k]?g
@ = (x1;91;21) cung phuong véi T = (Ta; Yo; 22), (U # 6) SU=kU Sy = kys
21 = I{ZZQ.

Puong thing A di qua hai diém A va B thi A ¢6 mot véc-to chi phuong la AB hoac BA.

Néu @ 1a mot vée-to chi phuong ctia A thi k4 (k # 0) cling 1a mot véce-to chi phuong ciia A. Do
d6 mot dusng thang cé vo sb6 véc-ta chi phuong.

Néu hai dudng thing song song véi nhau thi véc-to chi phuong ciia dusng thing nay ciing la
véc-to chi phuong clia dudng thang kia.

Néu duong thang A vudng géc véi mit phang (a) thi vée-to chi phuong @A clia duong thang A

chinh 1a véc-to phap tuyén 7 () clia mat phing (), tic 1a Ta = 7 (a).

Duong thing A di qua diém M (z¢; yo; 20) V& c6 mot vée-to chi phuong 1a @ = (a; b; ¢) c¢6 phuong
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T =1xy+ at

” . T—z - zZ—z
trinh tham s0 la ¢ y = yo + bt va phuong trinh chinh tac la o_Y 7 Yo _ 0
a c

(abe # 0).
z2=2z9+ct
T =x9+ at
9. Diém M thuoc duong thang A c6 PTTS < y = yo + bt thi M(zo + at;yo + bt; 20 + ct).
z=2zy+ct
10. Cho hai mat phéang (a): Az + By+Cz+ D =0va («/): Az + By+C'z+ D' =0.
V6i dicu kien A : B : C # A’ : B’ : C' thi hai mat phang d6 cit nhau. Goi d 1a giao tuyén cta
chiing. Duong thang d gdm nhitng diém M (z;y; 2) vita thuoc (o) vita thuge (') nén toa do ciia
Ar+By+Cz+D =0 N -
M 1a nghiém cta hé .Goi W = (A;B;C) van' = (A B';C"). Khi d6
Ar+By+C'z+D' =0
Uy = [7{,7? ] 1& mot véc-to chi phuong ctia d.
11. Mot véc-to chi phuong clia dudng thing song song hodc chita truc Oz 1a 7= (1;0;0).
12. Mot véc-to chi phuong clia dudng thang song song hoic chita truc Oy la 7 = (0;1;0).
13. Mot véc-to chi phuong clia dudng thang song song hodc chita truc Oz la ¥ = (0;0;1).

14. Tim hai vecto khong cling phuong va cé gid mdi vecto vuong goc véi duong thing d 1a E’,_b). Khi
do g = [E,F] 13 mot véc-to chi phuong cla d.

/

7= CAU 20 DE MINH HOA

CAU 20. V6i n 1a s6 nguyen duong, cong thic nao dudi day dang?
A. P, =nl B. P,=n—-1. C. P,=(n—-1. D. P, =n.
# LOi giai.
S6 hoan vi ctia n phan t& 1a P, = nl.
Chon dap &n (A) 0

B PHAN TiCH:

1. Dang toan: Bai toan chi sit dung P hoac C hoac A.

2. Mic d6: Nhan biét.

3. Dinh hudéng 6n tap: Hoc sinh can nam viing phan ly thuyét va cach giai bai toan dém.
4. Kién thic can ndm va phuong phap giai:
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©® PHUGNG PHAP GIAI CAU 20

& Dang 20 /// T6 hop-Chinh hop-Hoan vi

1. Quy tac cong

Mot cong viec duge hoan thanh bdi mot trong hai hanh dong. Néu hanh dong nay c¢6 m cach thiec
hién, hanh dong kia c6 n cach thuyc hién khong trung véi bat ki cach nao ctia hanh dong thit nhat
thi cong viéc d6 ¢c6 m + n cach thuc hién.
e Néu A va B la cac tap hgp hitu han khong giao nhau thi n(A U B) = n(A) + n(B).
2. Quy tac nhan
Mot cong viec duge hoan thanh bdi hai hanh dong lién tiép. Néu c6 m cach thiic hien hanh dong
thtt nhat va ing véi mdi cach d6 c6 n cach thiyc hién hanh dong thi hai thi c6 m - n cich hoan
thanh cong viéc.
3. Hoan vi
e Hoan vi la gi?
Cho tap A ¢6 n phan tit (n > 1). Khi sdp xép n phan tit nay theo mot tht ty, ta duge mot
hoan vi cic phan tit ctia tap A.
e S6 cac hoan vi

S6 cac hoan vi clia mot tap hgp c6 n phan tit 1

P,=nl=nn-1)---1=1-2-3---(n— 1)n.

nTacéPnzn!=1-2~3---(n—1)n=(n—3)!(n—2)(n—1)n:(n—2)!(n—1)n. J

4. Chinh hgp
e Chinh hgp la gi?
Cho tap A gom n phan tit va s6 nguyeén k, véi 1 < k < n. Khi lay ra k& phan tit cia A va sap
xép ching theo mot thit t, ta duge mot chinh hop chap £ ctia n phan tit ctia A.
e S6 cac chinh hop
S6 cac chinh hop chap & ciia mot tap hop ¢6 n phan tit (1 < k <n) la

Af=nn-1D(n—-2)---(n—k+1).

n

|
o V6i 0 < k < n, ta c6 thé viét Ak = —
(n—k)!
|
o Qui udc 0! = 1, Ag:umAg:( ”'k)' ciing ding v6i 0 < k < n. Khi k = n thi
n — d
A" =P, =nl

v
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5. T hgp
e Té hop 1a gi?
Cho tap A c¢6 n phan tit va s6 nguyén k (1 < k < n). M6i tap con ctia A ¢6 k phan tit duge
goi 1a mot t6 hgp chap k ctia n phan ti ciia A.
e Sb cac t6 hop
S6 cac to hgp chap k ciia mot tap hop c6 n phan tit (1 < k < n) la

Ck_A_fl_ n!
Tk Rl (n— k)

Ak
o QuiuécO!zl,nglthinL:ﬁcﬁngdﬁngv@iogkgn.TacéCfL-k!:Afl.

n!

= CAU 21 DE MINH HOA

CAU 21. Cho khéi lang tru c6 dien tich day B va chidu cao h. Thé tich V cta khéi lang tru da cho duge tinh
theo cong thitc nao dudi day?

A V= %Bh. B. V= %Bh. C. V =6Bh. D. V = Bh.
& L3i gidi.
Thé tich V ctia khéi ling tru c6 dien tich day B va chiéu cao h 14 V = B - h.
Chon dap an @

O

B PHAN TiCH:

1. Dang toan: Thé tich khéi lang tru.

2. Mirc d6: Nhan biét.

3. Dinh huéng 6n tap: Hoc sinh can ndm vimg phan 1y thuyét va cach gidi bai toan tinh thé tich khéi

lang tru.

4. Kién thitc can nim va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 21
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L ARLIEWANY///" Tinh thé tich khéi lang tru

) . 1 .
1. The tich khoi chép: V = §Bh v6i B: dién tich day, h: chiéu cao.
2. Thé tich khéi ling tru: V = Bh véi B: dién tich day, h: chiéu cao.
3. Thé tich ctia khéi hop chit nhat c6 ba kich thudce a, b, ¢ 14 V = abe.

4. Thé tich ctia khdi lap phuong c¢6 canh bing a 1a V = a®.

V4
7= CAU 22 DE MINH HOA

CAU 22. Tren khoang (0; 4+00), dao ham ctia ham s6 y = log, = 1a
1 In2 1 1
Ay = B. y = e C.y=—-. D. y=—.
# Loi giai.

xln?2’ x x 2x

1
xln?2’

Dao ham ciia ham s6 y = log, = trén khoang (0; +o00) 1a 3/ =

Chon dap an @

O

B PHAN TIiCH:

1. Dang toan: Tinh dao ham ham s6 mii, ham s6 16-ga-rit.

2. Mirc d6: Nhan biét.

3. Dinh huéng 6n tap: Hoc can nim vitng phan ly thuyét va cach gidi bai toan vé ham s6 mfi va ham

s6 logarit.

4. Kién thitc can nim va phuong phap giai:

©® PHUGCNG PHAP GIAI CAU 22

& Dang 22 // Tinh dao ham ham sé mii-logarit

e Cong thic dao ham

Pao ham ctia ham sé thuong gap Pao ham ctia ham sé hgp
(€)' =0
(xn)l = na" 1 (un)/ _ nun—lul
/ 1 / UI
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1 1 o
r) a2 w)  u?
(sinz) = cosx (sinwu) = u' cosu
(cosx) = —sinz (cosu) = —u'sinu
1 o
t !/ — t / =
(tanz) cos? x (tanu) cos? u
1 u
(cotx) = —— (cotu) = ——
__ sin"z : sin”
ar+b\  ad—cb au+b\  ad—cb o
cx+d)  (cx+d)? cut+d)  (cu+d)?
ax® + bx + ¢\’ _am.a® + 2an.x + bn — cm
mz +n B (mx + n)?
a b a c b ¢
z® +2 T+
m p n.p

ar® 4+ bxr + ¢ ’_ mn
B (ma? + nx + p)?

mx? 4+ nx +p
(ew)’ — e® (eu)/ — et

(a®) =a"Ina (a") = v'a"Ina

1 ,

(Inz) =~ (Inu) = —

x u

(log, 2 = — (log, u) = —
%%a?) = Tlna %8 = ina

e Qui tic tinh dao ham

Quy tac tinh dao ham

(wv) = v'v +v'u (ku) = ku' (k: hang s0)

() =" 3)=-% |ty - 7w -ve

= CAU 23 DE MINH HOA

CAU 23. Cho ham s6 y = f(x) ¢6 bang bién thien nhu sau
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T —00 —2 0 2 +00
Y - 0 + 0 — 0 +

v +00\1/1\1/+00

Ham s6 da cho dong bién trén khodng nao dudi day?
A. (0;+00). B. (—o0;—2). C. (0;2). D. (-2;0).
# LOi giai.
Ham s6 da cho dong bién trén khoang (—2;0).
Chon dap an @

O

Bi PHAN TiCH:

1. Dang toan: Xét tinh don diéu dya vao bang bién thién, do thi ham sb.

2. Mifc dé: Nhan biét,

3. Dinh hudng 6n tap: Hoc sinh can ndm viing phan Iy thuyét va cach gidi bai toan vé tinh don diéu

ctia ham sb.

4. Kién thiéc can ndm va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 23

& Dang 23 /// Xét sir dong bién-nghich bién ctia ham s6 dua vao bang bién thién

Dinh 1i: Cho ham s6 y = f(z) c6 dao ham trén K.
1. Néu f'(z) > 0 v6i moi z thuoc K thi ham sé f(z) dong bién tren K.

2. Néu f'(z) < 0 v6i moi x thuoc K thi ham s6 f(z) nghich bién trén K.

7= CAU 24 DE MINH HOA

CAU 24. Cho hinh tru c6 ban kinh day r va do dai duong sinh!. Dién tich xung quanh S,, ctia hinh tru da
cho dugce tinh theo cong thiic nao dudéi day?
A. Sy =4mrl. B. Sy = 2mrl. C. Syq = 3nrl. D. Sy = mrl.

# L3i gidi.
Dién tich xung quanh ctia hinh tru la Sy, = 27rl.
Chon dap an

Bi PHAN TiCH:

1. Dang toan: Thé tich khoi nén, khéi truy.

2. Mirc dd: Nhan biét.

O
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3. Dinh huéng 6n tap: Hoc sinh can nim ving phan 1y thuyét va cach giai bai toan vé tinh thé tich
khéi nén, khoi try.

4. Kién thitc can nim va phuong phap giai:

©® PHUGONG PHAP GIAI CAU 24

CALLIEWYRY///" Cau héi ly thuyét vé khéi nén-khéi tru

A
B
e Chiéu cao: h. e Ban kinh duong tron day: r.
e Do dai dudng sinh: . e Goc 6 dinh: 2a (0° < a0 < 90°).

1. M&bi lién hé gitta chiéu cao, dudng sinh va ban kinh day ctia hinh nén

P=hn*+R?|

2. Hinh nén tron xoay tao thanh khi quay tam giac Cho AABI vuong tai I quay quanh canh
goc vuong Al thi duong gap khic ABT tao thanh mot hinh, goi 1a hinh nén tron xoay (goi tét la
hinh nén).

e Duong thing Al dugc goi la truc, A la dinh, Al duge goi la duong cao va AB dude goi la
duong sinh ctia hinh nén.

e Hinh tron tam 7, ban kinh » = I B 1a day ctia hinh nén.

3. Coéng thitc dién tich citia hinh nén va thé tich ctia khbi nén

Dién tich xung quanh: |qu =m-r-l|

Dién tich toan phan hinh nén: Stp = Saq + Sa |

Dién tich ddy (hinh tron): | Sy =7 - 77|,
Thé tich khoi non:

1 1
1% =—.Sd.h:§.7r'r2'h.

nén 3

4. Thiét dién ctia hinh nén (N) khi cit béi mit phang (P)
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e (P) di qua dinh ctia hinh nén (N):
— Néu (P) tiép xtc véi mit nén (N) theo mot dudng sinh. Trong truong hgp nay, ngudi ta
goi (P) la mit phang tiét dién clia mat non.
— Néu (P) cat mat nén (N) theo hai dudng sinh = Thiét dién 1a tam giac can.
— Dic biet: Néu (P) di qua truc ciia mit nén (N) = Thiét dien 1a tam gidc can c6 canh
bén [ va canh day 2r.
e (P) khong di qua dinh ctia hinh nén (N):
— Néu (P) vuong goc véi truc hoanh hinh nén = giao tuyén 1a mot duong tron.
— Néu (P) song song véi hai nhanh ctia mot hypebol.

— Néu (P) song song véi mot duong sinh hinh nén = giao tuyén 1la mot duong parabol.

5. Céng thic tinh do dai cung tron cé sd do «°, ban kinh R

TRa

1=
180

6. Tinh chat AABC déu canh a
av/3

e Do dai duong cao, dudng trung tuyén=

a3
T

e Dién tich tam gidc S =

7. Hinh tru tron xoay

Khi quay hinh chi nhat ABC'D xung quanh duong thing chita mot canh, chdng han canh AD thi duong
gap khiic ABC'D tao thanh mot hinh, hinh dé duge goi 14 hinh tru tron xoay hay goi tat 1a hinh tru.
Dudng thing AD dudgc goi la truc.

Doan thing BC' dugc goi la duong sinh.

Do dai doan thing AD = DC = h dudc goi l1a chiéu cao ctia hinh tru. Hinh  |B
tron tam A, ban kinh » = AB va hinh tron tam D, ban kinh » = DC dugce

goi 1a hai day cta hinh tru

Khéi tru tron xoay, goi tat la khoi truy, 1a phan khong gian gi6i han béi hinh ~ C

tru tron xoay ké ca hinh tru.

8. Cong thic tinh dién tich ctia hinh tru va thé tich ctia khdi tru:

Cho hinh tru c6 chiéu cao 1a h va ban kinh day biang r.

e Dién tich xung quanh cta hinh tru: S, = 27rh.
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e Dién tich toan phan ctia hinh tru: S, = S, + 2 - = 21rh + 272,

Sdéy

e Thé tich khéi tru: V = B - h = mr2h.

7= CAU 25 DE MINH HOA

5 5
CAU 25. Néu / f(z)dz = 2 thi / 3f(z)dx bing
2 2
3

A. 6. B.
# LOi gidi.
5

Tacé/3f(x)dx=3-2=6.

2
Chon dap an @

(I

Bi PHAN TiCH:

1. Dang toan: Tinh tich phan bang dinh nghia, tinh chat .

2. Mifc d6: Nhan biét,

3. Dinh huéng 6n tap: Hoc sinh can nam vitng phan Iy thuyét va cach gidi bai toan vé tich phan bang
dinh nghia va tinh chat.

4. Kién thic can ndm va phuong phap giai:

©® PHUGCNG PHAP GIAI CAU 25

& Dang 25 /// Tinh tich phan bing tich chat ciia tich phan

1.Dinh nghia tich phan

Cho ham sb6 y = f(z) lién tuc va xac dinh trén doan [a;b]. Gid st F(z) 1a mot nguyén ham cia f(z)

trén doan [a; b].
b

Hieu s6 F(b) — F(a) dugc goi la tich phan tit a dén b ctia ham s6 f(x). Ki hiéu Ia /f(:v) dz.

a
b

Vay / f@)dz = F(z)| = F(b) — Fla).

a

2.Tinh chat tich phan xac dinh

b c b

1. /f(x)d:(:=/f(x)dx+/f(x)dxvéia<c<b.

a c
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kf(x)dx véi (k #0).

c—\g e \Q‘

= CAU 26 DE MINH HOA

CAU 26. Cho cap sb cong (un) vOi uy = 7 va cong sai d = 4. Gia tri clia ug bang
A. 11. B. 3. C. 2 D. 28.
# LOi gidi.
Tacou, =u+d=7+4=11.
Chon dap an @

O

Bi PHAN TiCH:

1. Dang toan: Cap s6 cong -Cap s6 nhan .

2. Mirc d6: Nhan biét.

3. Dinh hudng 6n tdp: Hoc sinh can nam viing phan ly thuyét va cach giai bai toan vé CSC-CSN.

4. Kién thic can ndm va phuong phap giai:

® PHUGONG PHAP GIAI CAU 26
Cap sb cong-CAp sb6 nhan

1. Cap sb cong

(a) Dinh nghia

Néu (uy,) 1a cap sb cong v6i cong sai d, ta ¢6 U1 = u, +d véi n € N*.
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(b) S6 hang tong quat
Néu cap s6 cong (u,) c6 s6 hang dau u; va cong sai d thi s6 hang tong quét u, dudc xac
dinh béi cong thitc u,, = u; + (n — 1)d véi n > 2.

(c) Tinh chat
Trong mot cap s6 cong, moi s6 hang (trit s6 hang dau va cudi) déu la trung binh cong clia

Uk—1 + U .
%k—i_lvélkEZ.

(d) Tong n s6 hang dau tién ciia mot cap sb cong

Cho cap s6 cong (u,,). Dat S, = uy + us + - -+ + u,. Khi d6

hai s6 hang ding ké véi no, nghia la uy, =

n(ui +up) _ nf2u + (n— l)d]‘

Sy = 5

2. Cap sb nhan

(a) Dinh nghia
Néu (u,) 1a cap s6 nhan véi cong boi ¢, ta c6 U, 1 = u, - ¢ vi n € N*.

(b) S6 hang téng quat
Néu cap s6 nhan (u,) c6 sd hang dau u; va cong boi ¢ thi sé hang tong quat u, duge xac
dinh béi cong thitc u,, = u; - ¢" ' v6i n > 2.

(c) Tinh chat
Trong mot cap s6 nhan, binh phuong clia méi s6 hang (trit s6 hang dau va cudi) déu la tich
clia hai s6 hang ding ké v6i n6, nghia 13 uf = uy_; - ugy1 v6i k > 2.

(d) Téng n s6 hang dau tién ctia mot cap sé nhan
Cho cap s6 nhan (u,,) véi cong boi g # 1. Dt S, = uy +ug+- - - +u,. Khidé S, = uﬂ%—qq”)
(e) Cap sb nhan lui vd han
e Cép s6 nhan Iui vo han 14 cap s6 nhan vo han c¢6 cong boi ¢ sao cho |¢| < 1.
e Cong thiic tinh tong cia cap s6 nhan lui vo han: Cho (u,) 14 cip s6 nhan i vo han c6
cong boi ¢. Khi dé tong ctia cdp s6 nhan It vo han duge tinh theo cong thiic
Uy
1—q

S=u+ug+---Fu, +-- =

/

7= CAU 27 DE MINH HOA

CAU 27. Cho ham s6 f(z) = 1 4 sinz. Khéng dinh nao duéi day dang?
A. /f(x)dx:x—cosx+0. B. /f(x)dx=x+sinx+0.
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C. /f(x)dw:x-l-cosx—l—C’. D. /f(:c)dxzcosx—i-C’.
# L3 gidi.
Ta cé/f(x)dxzx—cosx+0.
Chon dap &n (A) 0

Bi PHAN TiCH:

1. Dang toan: Tinh nguyén ham bing dinh nghia, tinh chat va nguyén ham co ban.

2. Mic d6: Nhan biét.

3. Dinh hudéng 6n tap: Hoc sinh can nam viing phan ly thuyét va cach gidi bai toan vé dinh nghia va

tinh chat nguyén ham.

4. Kién thitc can nim va phuong phap giai:

©® PHUGONG PHAP GIAI CAU 27

& Dang 27 /// Tinh nguyén ham bing dinh nghia, tinh chat va biang nguyén ham

1. Dinh nghia nguyén ham Cho ham s6 f(z) xac dinh trén K. Ham s6 F(x) dugdc goi la nguyén
ham ctia ham s6 f(z) trén K néu F'(z) = f(z) Vz € K.

2. Tinh chit nguyén ham
. /f’(:c) de = f(z) + C.
o /k;f(a:)da: = k/f(a:)dx voi k # 0.

o [@ tgtNar= [ fw)dot [ gla)d

3. Bang nguyén ham ctia mot sé6 ham thudng gap

Nguyén ham Nguyén ham mdé rong
@/de:C’ /kdx:k-x+0
’ a+1 ’ 1 b a+T
@/mo‘dx:x +Cia#—1 /(ax—l—b)adx:a-%—{—C,a#—l
T dw 11
—dr=—— —_— = . C
@/ dv = +C /(ax+b)2 aax+b+
1 amac—i—n
T _ mx+n _ .
@/ dx— +C’ /a dz e +C
3 /e“dx =e"+C /e“”bdx = ée‘”“’—kC
1 1 1
©® ;dm:1n|m|+C’ am+bdx:a.ln|ax+b|+6'

T6 Toan An Phudc



1
/cosxdx:sinx—l—C' /cos (ax+0b) d :5~sin(ax—|—b)—|—0
1
/1nxdx——cosx+0 /sm (ax +b) d =—Ecos(ax—|—b)+0
1
/ dm—tanm—l—C / 5 dz = —tan (ax +0) + C
CcOS ax-l—b a
1
/ r=—cotx +C / de = —=cot (ax +b) + C
sin? x sin? (az + b) a
/
7= CAU 28 DE MINH HOA
CAuU 28.
Cho ham 86 y = ax? +bx? + ¢ (a,b, c € R) c6 do thi 1a duong cong trong hinh y
bén. Gia tri cyc dai clia ham s6 da cho bang 9
A. 0. B. —1. C. -3. D. 2.

Q
e §

% L3i gidi.
Tt bang bién thién ta c6 gia tri ciic dai ctia ham s6 da cho bang —1.
Chon dap an O

B PHAN TIiCH:
1. Dang todn: Tim cyc tri dya vao BBT, do thi ctia ham s6.
2. Mitc dd: Nhan biét.

3. Dinh huéng 6n tap: Hoc can nam viing phan 1y thuyét va cach giai bai toan vé cic tri clia ham sb.

4. Kién thitc can nim va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 28

AL ENY///” Tim cuc tri ciia ham sé dua vao bang bién thién
Xac dinh cac yéu to lien quan dén cuc tri ¢ mic do nhan biét va thong hiéu, dua vao bang bién thien
hoac do thi.

e Loai 1: D6i v6i bai toan cho trude bang bién thién, ta can quan sat ky cac yéu to sau day:

— Néu f/(x) ddi dau tit (+) sang (=) khi z di qua diém xq thi 2o 1a diém cyc dai ctia ham s6.
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T do, ta c6 gia tri cyc dai ctia ham s6 1a yop = f(0).

— Néu f/(x) ddi dau tit (—) sang (+) khi x di qua diém z, thi 2o 1a diém cyc tiéu ctia ham s6.
Tit d6, ta c6 gid tri cyc tieu ctia ham s 1a yor = f(z0).

— VA cac em ciing chii ¥ ring: ham s6 f(x) vAn c6 thé dat cuc tri tai cac diém ma f'(z) khong

xac dinh nhung thudc tap xac dinh ctia ham so.

e Loai 2: D6i v6i bai toan cho truée do thi, ta can quan sat ki cac yéu to sau:

)
diém cyc dai
cta do thi

—--| yop

TcT
T
I

Tcp O \’/ x
Yor |- - e

diém cyc tiéu
cta do thi

/

7= CAU 29 DE MINH HOA

~ B 4 . .
CAU 29. Trén doan [1;5], ham s6 y = = + — dat gia tri nh6 nhat tai diem
x
A x=05. B. x=2. C. z=1. D. x=4.
# L3i gidi.

4 224 r=2
Tacéy’zl——=x =0¢&
x? z? T =2
4
« JU)=1+7=5.
4
.« f2)=2+5 =14
4 29
. f(5):5+5=g-
Vay gia tri nhé nhéat ctia ham s6 1a 4 tai diém = = 2.
Chon dap an O

Bi PHAN TiCH:

1. Dang toan: Tim GTLN, GTNN ctia ham s6 trén doan [ a;b |.

2. Mirc d6: Thong hiéu.

3. Dinh hudng 6n tap: Hoc sinh can nam viing phan 1y thuyét va cach giai bai toan vé tim GTLN-
GTNN ctia ham s6 trén doan [ a;b ] .
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I 4. Kién thitc can nim va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 29

& Dang 29 /// Tim gia tri 16n nhat, gia tri nhé nhat ciia ham sé y = f(x) trén doan
a; bl |
Buéc 1 e Nhan XéL Har]n s0 y = f(x) xac dinh va lién tuc trén doan [a; b].
e Tim cac diém zy, 7, ... , 7, trén khodng (a;b), tai d6 f'(x) = 0 hodc f'(x) khong xac dinh.
Budc 2 Tinh f(a“)v f(xl)a f($2)7 RN f(xn)7 f(b)

Bu6e 3 Khi do
° I[Iﬁf{f(x) = I[I;i?({f(a); f(xl)v f(x2)7 B f(xn)v f(b)}

L4 ?;}l)r]lf(x) = I[I;}br]l{f(a), f($1)7 f(x2)7 MRS f(xn)a f(b)}

\

= CAU 30 DE MINH HOA

CAU 30. Ham s6 nao dusi day nghich bién tren R?

A y=—23—1. B. y=—2%—2% C.y=—-2%+uo. D.y:x—i_i.
# Li gidi. o
Ta thiy ham s6 y = —x

e Tap xéac dinh 2 = R.

3 _xch

oy =—322—1<0,Vz € R

3

Vay ham s6 y = —2z3 — z nghich bién trén R.

Chon dap an @

O

B PHAN TIiCH:

1. Dang toan: Xét tinh don diéu ctia ham s6 cho béi cong thiic.

2. Mic d6: Thong hiéu.

3. Dinh huéng 6n tap: Hoc sinh can nam vitng phan Iy thuyét va cach gidi bai toan vé don diéu clia

ham so.

4. Kién thitc can nim va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 30
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& Dang 30 /// Xét su dong bién , nghich bién ciia ham sé cho béi cong thiic
e Tim tap xac dinh 2 ctia ham sb.
e Tinh ¢/. Tim céc diém thudc 2 ma tai d6 v’ = 0 hoac y’ khong xac dinh.

Lap bang bién thién ctia ham sb.

Néu f’(z) > 0 v6i moi x thuoc £ thi ham s6 f(z) dong bién trén ¢ .

Néu f'(z) < 0 v6i moi = thuoc £ thi ham s6 f(z) nghich bién trén ¢ .

7= CAU 31 DE MINH HOA

CAU 31. V6i moi a,b thoa man log, a — 3log, b = 2, khing dinh nao dusi day dang? A
A. a =413, B. a =30+ 4. C.a=3b+2. D.azﬁ.

# L gidi.

Ta c6 logza—310g2b22(:)log2;3:2(:)%:22®a:4b3.

Chon dap an @

O

Bi PHAN TiCH:
1. Dang toan: Bién doi, rit gon, biéu dién bicu thiic chita 16-ga-rit.
2. Mirc d6: Thong hicu.

3. Dinh huéng 6n tap: Hoc can niam viing phan ly thuyét va cach giai bai toan vé logarit.

4. Kién thitc can nim va phuong phap giai:

© PHUGNG PHAP GIAI CAU 31
Tinh gia trj biéu thiic c6 chia logarit

1. Pinh nghia

Cho hai s6 duong a,b véi a # 1. S6 a théa man déng thitc a® = b dugc goi 13 l6-ga-rit co s6 a clia

b va ki hieu la log, b. Ta viét: a = log, b < a® = b.
2. Cac tinh chat Cho a,b > 0 véi a # 1, ta c6
(a) log,a=1,log,1=0.
(b) @'°8b = b, log,(a") = a.
3. Logarit ctia mot tich Cho 3 s6 duong a,b;,by véi a # 1, ta c6

(a) log,(b1 - bz) = log, by + log, bo.

4. Loégarit ctia mot thuong Cho 3 s6 duong a,by,by v6i a # 1, ta c6
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(a) log, 2—; = log, by — log,, bs.
(b) Dac biéet: v6i a,b > 0,a # 1 loga% = —log,b .
5. Logarit cua lay thiwa Cho a,b > 0 va a # 1, véi moi «, ta c6
(a) log, b* = alog, b.
(b) Ddc biét: log, /b= %loga b.
6. Cong thitc ddi ca sé Cho 3 s6 duong a,b,c véi a # 1,¢ # 1, ta ¢6
log.b

] — o7
(a) log, b log. a

1
(b) Dac biét: log, c = va log,. b = —log, b v6i a # 0.
a

og,. a

7. Logarit thap phan va Logarit ty nhién

(a) Logarit thap phan 1a 16-ga-rit co s6 10. Ta viét: log;, b = logb = logb.

(b) Logarit tu nhién la 16-ga-rit co s6 e. Ta viét: log, b = Inb.

7= CAU 32 DE MINH HOA

CAU 32.
Cho hinh hop ABCD.A'B'C'D’ c6 tat ca cac canh bang nhau (tham khao D’ C’
hinh bén). Géc giita hai dudng thang A'C’ va BD bing

A. 90°. B. 30°. C. 45°. D. 60°.

% L3 gidi.
A'C" L BD neén goc gitta A'C’ va BD bang 90°.
Chon dap an @ O

Bi PHAN TiCH:

1. Dang toan: Xéc dinh géc giita dudng thing va dudng thang,mit phang va duong thang, hai mp.

2. Mirc d6: Thong hiéu.

3. Dinh huéng 6n tap: Hoc sinh can nam ving phan 1y thuyét va cach giai bai toan vé xac dinh goc
gifta mat phang va dudng thang;mit phang va mp, duong thing va dudng thang.

4. Kién thi'c can ndm va phuong phap giai:
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©® PHUGNG PHAP GIAI CAU 32

& Dang 32 /// Tinh géc gitta dudng thiang va mit phing

1. Géc gitta hai dudng thing

PP1. Dung dinh nghia : Tim hai dudng théng o’ ,b’ cit nhau va lan ludt song song véi a va b. Khi do
(@) = (@ 0)

PP2. St dung dinh 1y ham s6 co-sin hoiic ti s6 lugng giac.

PP3. Si dung tich vo huéng: Néu @ va v lan luot 1 hai véc-to chi phuong ctia hai duong théing a va b
thi goc ¢ ctia hai duong thang nay duge xac dinh bdi cong thiic

cos (i77)| =
cosp = |cos (W,7)] = 55—
[ul- [l
2. Géc gita dudng thing va mat phing
Muén xac dinh géc ctia dudng thang a va (P) ta tim hinh chiéu vuong a \_ A%

goéc a’ cia a trén (P). Khi doé ( a, ) ( )

3. Géc giita hai mat phing

Dé tim goc giita hai mat phang, dau tién tim giao tuyén ctia hai mit
phang. Sau d6 tim hai dudng thang lan lugt thudc hai mit phang
cling vuong goc véi giao tuyén tai mot diem. Géc giita hai mit phing

la géc giita hai duong thing vira tim.

Nhitng trudng hop dic biét dé hay xay ra:
1. Truong hgp 1: Hai tam giac can ACD va BCD c¢6 chung canh day C'D, thi géc gitta hai mit
phing (ACD) va (BCD) la goc AHB.
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2. Trudng hgp 2: Hai tam giac AC'D va BC'D bang nhau c6 chung canh CD. Dyng AH L CD =
BH 1 CD. Vay goc giita hai mit phang (ACD) va (BCD) la géc AHB.

3. Truong hop 3: Khi xac dinh géc gita hai mit phang khé qué, ta nén st dung cong thiic sau:

d (A,mp(Q))
d(A,a)

sin @ =

Véi ¢ 1a goc gitta hai mit phang (P) va mat phéng (Q), A 1a mot diém thuoc mit phang (P) va
a 1a giao tuyén clia hai mit phang (P) va (Q).

4. Truong hgp 4: C6 thé tim goc giita hai mat phing bing cong thiic S’ = S. cos ¢.

5. Trudng hgp 5: Tim hai dudng thing d va d’ lan lugt vuong goéc véi mit phang (P) va mit

phing (Q). Géc giita hai mat phang la goc gitta d va d'.

6. Truong hop 6: Cach xac dinh géc giita mit phing bén va mat phang day

(a) Budc 1: Xac dinh giao tuyén d.
(b) Budc 2: Tt hinh chiéu vuong goéc ctia dinh , dung AH 1 d
(c) Bude 3: Goc can tim la goc SHA.
V6i S 1a dinh, A 1a hinh chiéu vuong goc ctia dinh trén mit day.
7.8 dung phuong phap toa dé trong khéng gian Chon hé truc thich hgp va cu thé hoa toa do

P - 2
cac diém.
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e Gi4 sit dudng thing a va b lan lugt ¢6 VICP 1a @ va b. Khi d6

(@) - @

e Gié stt duong thang a ¢c6 VICP 1a @ va (P) ¢c6 VIPT la 7 thi khi d6

sin (a(P)) = LT ().

@l |7

e Gia sit mat phing (a) va (8) lan lugt c6 VIPT 1a @ va b. Khi d6

cos ((a/),(\ﬂ)) = % = ((a),(ﬂ)) :

7= CAU 33 DE MINH HOA

3 3
CAU 33. Néu / F(x)dz = 2 thi / () + 22)da bing
1 1

A. 20. B. 10. C. 18. D. 12.

# L3i gidi.
3 3 3
Ta c6 /[f(:v) + 2z]dx = /f(:z:)d:c-l— /Qxda: =2+’
1 1 1

Chon dap an

Bi PHAN TiCH:
1. Dang toan: Tinh tich phan bang dinh nghia, tinh chat va tich phan co ban.
2. Mirc d6: Thong hicu.

3. Dinh hudng 6n tdp: Hoc sinh can nam vitng phan 1y thuyét va cach giai bai toan vé tich phan co

3
=2+ (3* —1%) = 10.
1

O

ban .

4. Kién thic can ndm va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 33
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C ALk NY///" Tinh tich phan bing tinh chat tich phan

b c b
1. /f(x)d:cz /f(x)d:c—l—/f(x)dx vii a < ¢ < b.
b b
2. k/f(a:) dz = /k:f(:ic) dz v6i (k #0).
b a
3. /f(:c) dor = —/f(x) dz
a b
b b b
[ @ 29 o= [ fa)des [goyar
b b b
5. /f(x) dz = /f(t) dt = /f(z) dz
b b
6. [ f@)de = )] =0~ fla)
¢ /
7= CAU 34 DE MINH HOA
CAU 34. Trong khong gian Ozyz, cho diém M(2; —5;3) va dudng thing d : g = y4ﬁ = z_—13. Mat phing
di qua M va vuodng goc v6i d c¢6 phuong trinh 1a
A 2x—->Hy+32—-38=0. B 2x+4+4y—2+19=0.
C. 2vr+4+4y—2—-19=0. D 2rx+4y — 2+ 11 =0.
# L gidi.

Véc-to chi phuong ctia d 1a @ = (2;4; —1).
Phuong trinh mat phang di qua M(2; —5;3) nhan @ lam vec-to phap tuyén la

20 —2)+4(y+5) —(2—-3) =022 +4y — 2+ 19=0.
Chondépén O

B PHAN TiCH:

1. Dang toan: Viét phuong trinh mat phang

2. Mirc d6: Thong hiéu.

3. Dinh hudng 6n tdp: Hoc sinh can nam viing phan 1y thuyét va cach gidi bai toan viét phuong trinh
mat phing.

4. Kién thitc can nim va phuong phap giai:
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©® PHUGNG PHAP GIAI CAU 34

& Dang 34 /// Viét phuong trinh mit phing

1. Vectd phap tuyén ctia mit phing

e Vectd 7 # 0 la vectd phap tuyén (VTPT) néu gia cia 7 vuong géc véi mat phang ().
o Chu v
— Néu 7 la mot VTPT ctia mat phang () thi k7 (k # 0) ciing 1a mot VTPT clia mat phang(a).
— Mot mat phang duge xac dinh duy nhat néu biét mot diém noé di qua va mot VIPT ciia né.
— Néu @,V c6 gia song song hodc nam trén mat phang (a) thi 7 = [@,7] 1a mot VIPT clia
(@).
e Néu 7 1a mot VTPT clia mat phang (a) thi k7 (k # 0) ciing 1a mot VIPT clia mat phang
(a).
e Néu mit phing (a) c6 phuong trinh Ax + By + Cz + D = 0 thi n6 c6 mot VIPT la
n = (A;B;C).

v

2. Phuong trinh tong quat cia mit phing

e Trong khong gian Oxyz, moi mat phang déu c¢6 phuong trinh dang:

| Az + By + Cz+ D = 0| v6i A* + B2+ C? # 0.

e Néu mit phang (a) c6 phuong trinh Az + By+Cz+ D = 0 thi n6 c6 mot VIPT 1a 7 = (4; B; C).

e Phuong trinh mat phang di qua diém My(xo; yo; 20) va nhan vecto 7 = (4; B; C) khac 0 1a VIPT

N

la
Az —z0) + B(y —yo) + C(z — 20) = 0.

o (Cdc truong hop riéng:
Xét phuong trinh mat phang (a) : Az + By +Cz + D = 0 v6i A2+ B2+ C? #0

— Néu D = 0 thi mit phang () di qua goc toa do O.
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@)

Ar+ By+Cz=0
x

— Néu A = 0,B # 0,C # 0 thi mit phiang («) song song hodc chia truc Oz.
— Néu A #0,B =0,C # 0 thi mit phang («) song song hoac chita truc Oy.
— Néu A # 0, B # 0,C = 0 thi mat phang () song song hoic chita truc Oz.

T By+Cz+D=0 T

Ar+Cz+D =0 Ax+ By+ D =

— Néu A = B =0,C # 0 thi mat phéng () song song hodc trimg véi (Ozy).
— Néu A = C = 0,B # 0 thi mat phang («) song song hodc tring véi (Oxz).
— Néu B = C = 0,A # 0 thi mat phang () song song hodc tring véi (Oyz).

z z

By+D =0 Az +D =0
Chai :
— Néu trong phuong trinh («) khong chita an nao thi («) song song hodc chita truc tuong ting.

— Phuong trinh mat phéng theo doan chan () : Ty % 1210 day («) cét cac truc toa do
a c
tai cac diém (a;0;0), (0;b;0), (0;0;c) véi abc # 0.
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e Cho duong thang A di qua M (xo;yo; 20) va nhan @ = (a;b;c) lam véc-to chi phuong. Khi d6
T =xg+ al
phuong trinh tham s ctia duong thang A c¢6 dang < y = y, + bt , tham sb t € R.
2=z +ct
e Mit phang (P) c¢6 phuong trinh Az + By+Cz+ D = 0 ¢6 mot véc-to phéap tuyén 1a 7 = (A,B,C).
e Cho mat phéng (P) vuong goc v6i dudng thang A c6 mot véc-to chi phuong oay:
Ayt

Khi d6 mat phang (P) nhan @ (a) lam mot véc-to phap tuyén 7 (p) = U (a).

e Néu c6 hai véc-to E’,_b) # 0 khong ciing phuong va c6 gid song song hoic nim trong mit phing
(P) thi (P) ¢6 mot véc-to phap tuyén la 7 = [E’,_b)].

3.PP viét phuong trinh téng quat ctia mat phing
PP1. Tim mot diém va mot VTPT ctia mp (P).
e Tim 1 diém M (x0;yo; 20) € (P).
e Tim mot VIPT cta mp(P) 1a 7 = (4,B,C).
e Pt mp (P) 1a A(x — z9) + B(y — yo) + C(z — z) = 0.
PP2. Thiéu diém di qua hay thiéu VTPT .
e Pt mp (P) ¢c6 dang : Az +By+Cz+ D =0.

e Tit diéu kién bai toan ta xac dinh céc he sé6 A,B,C,D

= CAU 35 DE MINH HOA

CAU 35. Cho sb phtic z théa man iz = 5 + 2i. Phan 4o clia z bing

A 5. B. 2. C. —b. D. -2
# LOi giai. '
Tacoz= 2 o5
Suy ra z = 2 Ei— 5i, do d6 phan 4o ctia z 1a 5.
Chon dap &n (A) O
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Bi PHAN TiCH:

1. Dang toan: Thuyc hién phép tinh cong , trit, nhan, chia hai s6 phic.

2. Mirc d6: Thong hiéu.

3. Dinh huéng 6n tap: Hoc sinh can nam viing phan Iy thuyét va cach giai bai toan vé cidc phép toan
ctia s6 phiic.

4. Kién thic can ndm va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 35

& Dang 35 /// Thurc hién ciac phép toan vé sé6 phic: Céng-trir-nhan-chia

Cho s6 phiic 21 = a + bi vi 2, = ¢ + di.
1. Phép cong hai sé6 phitc: 2 + 2o = (a + bi) + (c + di) = (a +¢) + (b + d)i.

2. Phép trir hai s6 phitc: z; — 22 = (a + bi) — (¢ + di) = (a — ¢) + (b — d)i.
3. Phép nhan hai s6 phiic: 212, = (a + bi)(c + di) = (ac — bd) + (ad + bc)i.
4. Phép chia hai s6 phiic: Khi z, # 0 thi

n_mcZ sk (atb)(c—di)  (ac+bd) + (be—ad)i  ac+bd  be—ad,

n moz |wf A+ 2+ P T2t 2t
. - R . . c+di
5. Phuong trinh bac 1 tréen C: (a +bi)z =c+di & z = PRy
/
7= CAU 36 DE MINH HOA
CAU 36.
Cho hinh lang tru ding ABC.A'B'C’ ¢6 day ABC' la tam giac vuong can tai B~ A’ c’
vi AB = 4 (tham khao hinh bén). Khoang cach tit C' dén mit phéng (ABB'A’)
bé”mg /
A 2V2. B. 2. C. V2. D. 4.

# LJi giai.
CB 1 AB

Ta c6 = CB 1L (ABB'A").
CB 1 BB

Suy ra d(C,(ABB'A")) = CB.
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Ma AABC vuong can tai B nén CB = AB = 4.
Vay d(C,(ABB'A’)) = CB = 4.
Chon dap an @ O

Bi PHAN TiCH:

1. Dang toan: Khoang cach tit mot diém dén mot mat phing.

2. Mirc do: Van dung.

3. Dinh hudng 6n tap: Hoc sinh can nim viing phan 1y thuyét va cach gidi bai toan vé khoang cach
tit mot diém dén mot mit phang.

4. Kién thitc can nim va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 36

& Dang 36 /// Khoang cich tir mét diém dén méit phing

Bai toan 1. Tinh khoang cach tir hinh chiéu vudng géc ctia dinh dén mot mit bén

Phuong phap xac dinh khoang cach tit hinh chiéu ciia dinh dén mot mit phiang ben.

S

Buéc 1. Xac dinh giao tuyén A.

BuGc 2. Tt hinh chiéu vuong goc ctia dinh, dung AH 1 A (véi H € A).

Budc 3. Dung AI 1. SH (véi I € SH). Khodng cach can tim 1a Al

V6i S 1a dinh, A 1a hinh chiéu vuong goc ctia dinh trén mit day.
SA-AH

VSA? + AH?

Ba buéc dung & trén la st dung tinh chat: Hai mat phing vuong goéc véi nhau, néu mot duong thang

e Budc 4. Al =

nam trén mit phing nay vuong géc véi giao tuyén thi sé vuong goc véi mit phang kia.
Day la bai todn co bin nhung vo cung quan trong trong viéc tinh khodng cdch tit mot diém dén mot mat

phdng. Hau nhu tinh khodng cdch t mot diém bat ki dén mdat phang bén déu thong qua diém nay dua
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vao cong thic cia Bai todan 2.

Bai toan 2. Tinh khoang cach tirt mot diém bat ky dén mot mit phing
Thuong st dung cong thiic sau:

- )

d(Mmp(P)) MO
d(A,mp(P)) A0’
0 cong thitc trén can tinh khoang cach tit diém M dén mat phang (P).

Cong thic tinh ti 1é khoang cach

Phuong phép phai tim mot duong thang d qua M va chita mot diém A ma c6 thé tinh khoang cach dén
mat phang (P). Kinh nghiém thuong diém A 1a hinh chiéu ctia dinh.

/

7= CAU 37 DE MINH HOA

CAU 37. Tt mot hop chita 16 qua cau gdm 7 qua mau dé va 9 qua mau xanh, lay ngau nhien dong thoi hai

qua. Xac suat dé lay dugc hai qua c6 mau khac nhau bing

21 3 2
A —. B. —. C. —. D. —.
40 40 10 15
# L3i gidi.
Goi A 1a bién ¢6 “chon dude hai qua mau khac nhau”
Chon 2 qué tit 16 qua nén khong gian mau |ng| = C3,
e Chon 1 qua dé tit 7 qua d6 c6 Cl cach.
e Chon 1 qua xanh tit 9 qua xanh c6 C} cach.
Vay s6 céch chon 1a C} - CJ = 63.
. . 2 21
Xac suat bien co A la P = C_%2 =10
Chon dap an O
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Bi PHAN TiCH:
1. Dang toan: Tinh xac suat bang dinh nghia.
2. Mirc d6: Thong hiéu.

3. Dinh hudng 6n tap: Hoc sinh can nim viing phan ly thuyét va cach giai bai toan vé xac suat.

4. Kién thiéc can ndm va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 37

& Dang 37 // Tinh xac suat ciia bién cb

1. Tinh s6 phan ti khong gian mau n(f)

2. Tinh s6 phan t1t ciia bién c6 A la n(A).

. J A
3. Xé&c suat ctia bién ¢6 A la P(A) = M

n(2)

= CAU 38 DE MINH HOA

|

CAU 38. Trong khong gian Ozyz, cho ba diém A(2;—2;3), B(1;3;4) va C(3; —1;5). Dudng thing di qua A
va song song vGi BC' ¢6 phuong trinh la:

A.x—2:y+4:z—1‘ B.x+2:y—2:z+3.
20 33 2, _42 13
rT—2 y+2 z-— rT—2 yYy+2 z-—
C. = ="g =g D. =" =
@ Li giai.

BC = (2; —4;1). Duong thang di qua A song song v6i BC' nén nhan BC lam mot vécto chi phuong.

2 - 2 2 - 3
Phuong trinh duong thang la * 5 = i +4 _z T

Chon dap an @

O

B PHAN TIiCH:

1. Dang toan: Viét phuong trinh dudng thing trong khong gian.

2. Mirc d6: Thong hicu.

3. Dinh huéng 6n tap: Hoc sinh can nam vitng phan Iy thuyét va cich giai bai toan vé viét PT duong
thang.

4. Kién thitc can nim va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 38
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& Dang 38 / Viét phuong trinh dudong thing

1. Tim mot diém M (xg; yo; 20) thudc duong thang d.
2. Tim mot vec-to chi phuong ctia d 1a @ = (a;b;c). (Cach tim VTCP ctia dudsng thang).
(a) Dudng théng (d) di qua hai diém A, B, khi d6 véc-to AB la mot chi phuong cita (d).
(b) Duong thang (d) song song véi dudng thang (), khi d6 véc-to chi phuong ctia (1) ciing 1a mot
(d).
)

vuong goc véi mat phang (a), khi d6 véc-to phap tuyén ctia (o) 1a mot chi

chi phuong ctia

(c) Duong thang (d
phuong cia (d).

(d) Duodng thang (d) 1a giao tuyén ctia (P): Ajx + Byy + C1z + Dy = 0, mit phang (Q): Ayz +
Boy + Cyz + Dy = 0 ¢6 véc-to chi phuong cta (d), ¥ = [Rp,7 ¢

(e) Duong thing (d) di qua diém M va vuong géc hai dudng thang (d;), (dz). Khi do ta goi U 1a

v L uy

mot vée-to chi phuong ctia (d) thi v6i Uy, uy lan lugt 1a chi phuong cta (dy), (ds)
u Ly

nén ta chon U = [uy,us).

(f) Duong thang d di qua diém M, cit va vuong géc véi mot dudng thang d; cho truse. Goi H 1a
hinh chiéu vuong géc ctia M lén dudng thang d; cho trude . Duya vao diéu kien MH - ;=0
ta tim duge H. Khi d6 MH la VTCP can tim,

(g) Duong thang di qua diém M, vuong goc véi (di) va cat (dz).Goi K 1a giao diém ctia (d) va
(dy). Tacé MK 1 (dy) nén ME - g, = 0, tit d6 ta tim dugc véc-to MK chinh la chi phuong
cia (d).

(h) Duong thang d di qua diém M cit ca hai dudng thang (d;) va (dy). Goi (a) 1a mat phang
chita (d;) va di qua diém M, (b) 1a mit phang chita (dy) va di qua diém M. Khi d6 dudng
thang giao tuyén clia hai mat phéng (a) va (b) 1 dudng théng (d) can tim.

(i) Duong thang (d) nim trong mat phang (P) cat ca hai dusng thing (d), (d»).Ta can tim
diém M 1a giao diém ctia (P) va (d;), diém N 1a giao diém ctia (P) va (d). Khi d6 dudng
thang (d) di qua hai diém M, N la duong thing can tim.

T =x+at

3. PTTS clad la  y = yo+ bt trong d6 ¢ la tham sb.

z=2zy+ct

Phuong trinh chinh téc ctia duong thang d qua M (zo; yo; 20) VA c6 véc-to chi phuong @ = (a; b; c)
ad: 2T _Y~ % _27% véi abe # 0.
a b c
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7= CAU 39 DE MINH HOA

CAU 39. C6 bao nhieu s6 nguyen « théa man (4% — 5.27%2 + 64) \/2 — log(4z) > 07
A. 22. B. 25. C. 23. D. 24.
# LOi gidi.

. 4z > 0 x>0 x>0 x>0
Diéu kién xac dinh: & = & <0< 2 <25
2 —log(4z) > 0 log,(4x) < 2 4z < 100 r <25

Vi /2 — log(4z) > 0 nén bat phuong trinh dé bai da cho tuong duong véi

) 2T < 4 <2
4% 5. 2" 164> 04" —-20-2"+64 > 0 < &

So lai v6i diéu kien x4c dinh, ta c6 tap nghi¢m ctia bat phuong trinh da cho la S = (0;2] U [4; 25].
Vay c¢6 22 s6 nguyén x théa man yéu cau bai toan.
Chon dap an @ O

Bi PHAN TiCH:

1. Dang toan: Bat phuong trinh mii-loagrit- Phuong phap dit an phu

2. Mitc dd: Van dung thap.

3. Dinh huéng 6n tap: Hoc sinh can nam viing phan ly thuyét va cach giai bai toan vé Bat phuong
trinh mii-loagrit- Phuong phap dat an phu.

4. Kién thic can ndm va phuong phap giai:

/// Bat phuong trinh mii - Logarit- BPT tich

e Lap bang xét dau.

e Dira vao chiéu BPT chon gia tri « thich hgp.

7= CAU 40 DE MINH HOA

CAU 40. Cho ham s6 y = f(x) ¢6 bang bién thien nhu sau

T —00 -1 2 +00
Yy + 0 = 0 +
1 +00
y / \ /
—00 -5

S6 nghiém thuc phan biét ctia phuong trinh f/(f(z)) =0 1a
A. 3. B. 4. C. 5. D. 6.
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# LJi giai.
Ta c6
flz) = -1
flz) =2
Véi f(x) = —1, day la phuong trinh hoanh do giao diém ctia d6 thi ham s6 y = f(z) va dudng thang y = —1.

f(f(@) =0«

Tit bang bién thién ta thay duong thang y = —1 cit do thi ham s6 y = f(z) tai ba diém phan biét, suy ra
phuong trinh f(xz) = —1 ¢6 3 nghiém thuc phan biét.

Véi f(r) = 2, day la phuong trinh hoanh do giao diém ctia dd thi ham s6 y = f(x) va dudng thang y = 2.
Tit bang bién thién ta thiy dudng thing y = 2 cit do thi ham s6 y = f(z) tai mot diém duy nhat, suy ra
phuong trinh f(z) =2 ¢6 1 nghiém thuc (nghiém nay khéac 3 nghiém cta phuong trinh f(z) = 1).

Vay phuong trinh f'(f(z)) = 0 ¢6 4 nghiém thuc phan biét.

Chon dap an O

Bi PHAN TiCH:

1. Dang toadn: Su tuong giao ctia hai do thi ham s6.

2. Mirc do: Van dung.

3. Dinh hudng 6n tdp: Hoc sinh can ndm viing phan 1y thuyét va cach gidi bai toan vé su tuong giao

ctia hai do thi ham so.

4. Kién thic can ndm va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 40

LAY/ Su tuong giao ctia hai d6 thi ham s6

— Béang dao ham cac ham s6 co ban

Ham z Ham hgp
1.d=0 22'=1
3. (") =n-2" ' (neN;n>1) 4. (wY =n-u"t-u(neN;n>1)
5. (\/5)’/ \1/_V:E>0 6. (ﬂ)’, 2\/_‘v’u>0
7. (1> 1 —Vr #0 8. <1) = ——Z,Vu #0
x u u
9. (k-x) =k 10. (k-u) =k-u
11. (cosz) = —sinx 12. (cosu)' = —usinu
13. (sinx) = cosx 14. (sinu) = u - cosu

TS Toan An Phudc



1 U
15. (t I = 16. (t "=
(tan ) cos? (tanu) cos? y
1
17. (cotz) = ——— 18. (cotu) = — u2
sin® x sin® u

Dao ham ctia ham hop: y = f (u(x)) = ¢ =o' (z) - f' (u(z)).
1. Phuong trinh f(z) =m
e Ta c6 f(z) = m la phuong trinh hoanh do giao diém clia hai do thi y = f(x) va y = m. (
y = m la duong thing song song hoic triing truc hoanh Ox )
e S6 nghiém ctia phuong trinh f(x) = m bing s6 giao diém ctia hai dd thi ham s6 y = f(z) va
y=m.
e Duya vao do6 thi ham s6 y = f(z) suy ra s6 nghiém phuong trinh f(z) = m.
2. Phuong trinh f(z) = g(z)

e Ta c6 f(x) = g(z) 1a phuong trinh hoanh d6 giao diém ctia hai do thi ham s6 y = f(x) va

y=g(z).
e S6 nghiém ctia phuong trinh f(z) = g(x) bang s6 giao diém clia hai dd thi y = f(z) v&
y=g(z).

e Duya vao do6 thi ham s6 y = f(z) suy ra s6 nghiém phuong trinh f(z) = g(z).

Dang todn 1: Tim s6 nghiém thyc clia phuong trinh fu(z)] = b.

Huong giai:

B1. Dit t = u(x) thay vao phuong trinh f[u(x)] = b chuyén vé phuong trinh hoanh do giao diém ctia
hai d6 thi y = f(t) va y = b.

B2. Dua vao dd thi y = f(¢) (chinh 1a d6 thi ham s6 y = f(x) cho trudc biang cach ddi vai tro x thanh
t) suy ra gia tri t.

B3. Duya vao do thi ham s6 t = u(z) suy ra gia tri cia . Chon dap an.

Dang todn 2: Tim tham s6 m dé phuong trinh f[u(z)] = h(m) c¢6 n nghiem.

Hudng gidi:

B1. Dat t = u(x) thay vao phuong trinh f[u(z)] = h(m) chuyén vé phuong trinh hoanh do giao diém
ctia hai do thi y = f(t) va y = h(m).

B2. Dua vao dd thi y = f(¢) (chinh la d6 thi ham s6 y = f(x) cho trudc bing cach ddi vai tro z thanh
t) suy ra gia tri t.

B3. Duya vao do thi ctia ham s6 y = f(t) suy ra gia tri m can tim . Chon dap an.
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7= CAU 41 DE MINH HOA

CAU 41. Cho ham s6 y = f(x) c6 dao ham 1a f'(z) = 1222 4+ 2,Vz € R va f(1) = 3. Biét F(z) la nguyen
ham ctia f(z) thdéa man F(0) = 2, khi d6 F(1) bang
A. 3. B. 1. C. 2 D. 7
# Loi gidi.
Ta c6 f(z) = /f'(x) dr =42 + 22+ C,. Vi f(1) =3 nén C} = —3.
Khi d6 f(z) = 42® + 2z — 3.
Ta ¢6 F(x) =/f(x)dx=x4+x2—3x+02. Vi F(0) =2 nén Cy = 2.
Khi d6 F(z) = z* + 2* — 3z + 2.
Vay F(1) = 1.

Chon dap an

Bi PHAN TiCH:
1. Dang toan: Tim nguyén ham ctia ham s6 thoa diéu kién cho trudc.
2. Midc d6: Van dung.

3. Dinh huéng 6n tap: Hoc sinh can nim viing phan ly thuyét va cach giai bai toan vé nguyén ham.

O

4. Kién thitc can nim va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 41

& Dang 41 /// Tim nguyén ham ciia ham sé théa diéu kién cho trudc

1. /f’(x)da::f(x)—kc
2. /f”(x) de = f'(x)+ C

e Tim nguyén ham ciia ham s6 f(x). Khi d6 ta c6 F(z) = /f(x)dx

e Tim hing s6 C dya vao mot dit kien dé bai cho.

\

7= CAU 42 DE MINH HOA

CAU 42. Cho khéi chép déu S.ABCD c6 AC = 4a, hai mit phing (SAB) va (SCD) vuong goc véi nhau.
Theé tich ctia khéi chép da cho bang

162 2 1

A. 6\/_a3. B. ga? C. 16d°. D. —6a3.
3 3 3

£ L giai.
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Ta ¢6 S la diém chung ctia hai mat phang (SAB) va (SCD). Mat
khac AB || CD nén giao tuyén cia (SAB) va (SCD) la duong
thang d qua diém S va song song v6i AB, CD.
Goi O la tam hinh vuong suy ra SO L (ABCD).
Goi I la trung diém AB, J la trung diem CD. Khi d6

e SI1L AB=SI1d.

e SJ1LCD=SJLd.
Suy ra goc gitta (SAB) va (SCD) la 157 =90°
AC
Ta c6 AD = — = 2v/2a.
ViR

1 1
Vi AISJ vuong tai S nén SO = §IJ = §AD = v/2a.

. 1 1 2
Thé tich SABCD AV = 3 SO - Sigep = 3 V2a - 8a% = %a‘q’.

Chon dap an O
Bi PHAN TiCH:

1. Dang toan: Tinh thé tich cac khéi da dién.

2. Mitc dd: Van dung thap.

3. Dinh huéng 6n tap: Hoc sinh can niam vitng phan 1y thuyét va cach giai bai toan vé thé tich khoi

da dién.

4. Kién thic can ndm va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 42

AL YRY///’ Thé tich khéi chép-khéi lang tru lien quan dén khoang cich, géc.

. . . 1
1. The tich ctia khoi chép c¢6 dién tich day S va chieu cao h la V = 3 S - h.
2. Cong thiic tinh thé tich khéi lang tru V = S - h, trong d6 S 1a dién tich day, h la chiéu cao.
3. Tinh dién tich day S ta can nhé6 cac cong thic tinh dién tich clia tam giac va tit gidc thuong gip.

4. Tinh chiéu cao h ta phéi xac dinh duge hinh chiéu ctia dinh hinh chép ( hay lang tru) trén mat
phang day.

1 Géc giita hai mit phing

la géc gitta hai duong théng lan lugt vuong goc véi hai mit phang dé.
Tinh chat: Tt dinh nghia trén ta c6
e Goc gitta 2 mit phang song song bing 0°.

e Coc giita 2 mit phing triing nhau bing 0°.
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2 Phuong phap xac dinh géc gita hai mat phing

Dé c6 thé xac dinh chinh xac goéc gitta 2 mat phang (P) va (Q) ta ¢ thé 4p dung mot trong nhing
cach sau
e Cach 1: Dyng hai duong thang a va b vuong goc lan lugt véi hai mit phang (P), (Q). Khi dé
goc gitta hai mat phang (P), (Q) la goc gitta hai dudng thing a va b.

e Cach 2: X4c dinh giao tuyén A cia hai mit phang (P) va (Q). Tiép theo, ta tim mot mat phang
(R) vuong géc véi giao tuyén A ciia hai mat phang (P), (Q) va cit hai mat phang d6 tai cac giao
tuyén a, b. Khi dé, goc giita hai mat phang (P), (Q) 1a goc gitta a va b.

Phuong phap:
e Xac dinh duong cao ctia hinh chop hodc lang tru.

e Xac dinh cac loai géc ( néu co).
e Tinh dién tich day va do dai duong cao.

e Ap dung cong thiic thé tich khéi chop hay khéi lang tru.
Chu y cac dang sau:

e Khoéi chép c6 canh bén vuong goc véi day.

e Khdi chép ¢6 mot mit phang chita dinh vuong goc véi day.

e Khdi chép c6 hai mat phing chia dinh vuong géc véi day.

e Khdi chép deu.

e Khdi chép c6 hinh chiéu clia dinh triing véi mot diém dac biet ndm trong mit day.
e Hinh lang tru ding la hinh lang tru c¢6 canh bén vuodng goc véi day.

e Hinh lang tru déu 1a hinh lang tru ditng va c6 day 1a da giac deéu.

e Hinh hop ding la hinh lang tru ding c6 day la hinh binh hanh.

e Hinh hop chit nhat la hinh lang tru ding c6 day 1a hinh chit nhat.

e Hinh lap phuong 1a hinh ling tru ditng c6 day 1a hinh vudng va cac mit bén déu 1a hinh vuong.

/

= CAU 43 DE MINH HOA

CAU 43. Tren tap hop cac sb phite, xét phuong trinh 22 — 2mz + 8m — 12 = 0 (m la tham sb thuc). C6 bao
nhiéu gia tri nguyén ctia m dé phuong trinh d6 c6 hai nghiem phan biét z;, z, thda man |z;| = |z,]?

A. 5. B. 6. C. 3. D. 4.
# LOi giai.
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Ta c6 A" = m? — 8m + 12.
e Néu A’ > 0 thi phuong trinh ¢6 hai nghiém thuyc. Khi do, |21] = |22 © 21 = =20 & 21+20 =0 m =0
(théa méan).
e Néu A’ < 0, thi phuong trinh c6 hai nghiém phic. Khi d6, 1a hai s6 phic lien hgp nén ta luon c6
|21] = |22| hay m?* —8m + 12 < 0 & 2 < m < 6 luon thoéa man.
Vay c6 4 gia tri nguyén ciia tham s6 théa méan.
Chon dap an @ O

B PHAN TiCH:

1. Dang toan: Giai pt bac 2 trén tap C' va cac bai toan lién quan.

2. Mitc dd: Van dung thap.

3. Dinh huéng 6n tap: Hoc sinh can nam vitng phan 1y thuyét va cach gidi bai toan vé pt bac 2 trén
C va dinh 1i Vi-et.

4. Kién thi’c can ndm va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 43

& Dang 43 /// Xac dinh cac yéu té co ban ciia sé6 phiic qua ciac phép toan hay
Bai toan qui vé phuong trinh, hé phuong trinh nghiém thuc-PT bac

Hai s6 phtic 1a bangnhau néu phan thyc va phan 4o clia chiing tuong ting bang nhau.

a+bi=c+di & , V6ia,b,cdéeR.

e Biéu dién s6 phiic can tim 2z = a + bi v6i a,b € R. Bién ddi thu gon phuong trinh ciia bai toan veé
dang A+ Bi = C + Di.

A=C
B=D.

e Giai hé phuong trinh

Phuong trinh bac hai véi hé sé thuc

Cho phuong trinh bac hai az? + bz +c¢ =0, Va, b, c € R, a # 0. Xét biet s6 A = b — 4ac ctia phuong
trinh. Ta thay

e Khi A =0, phuong trinh ¢6 mot nghiém thuc = = %
a

b+ VA

e Khi A > 0, phuong trinh c6 hai nghiém phan biét z, 5 =

2
—b+i\/|A]
2a ’

e Khi A <0, phuong trinh c6 hai nghiém phiic z; » =
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Z . . < _b
e Dinh li Vi-et: Néu phuong trinh az? + bx + ¢ = 0 ¢6 hai nghiém phiic z1, 25 thi z; + 25 = —
VA T - Ty = <

1. S6 phtic z = a + bi dugce goi la s6 phiic thuan 4o < phan thuyc a = 0.
z 1a s6 thyc < phan 40 b = 0.

2. Khi bai toan yéu cau tim cac thuoc tinh ctia s6 phiic (phan thiic, phan 4o, mo-dun hodc s6
phric lien hgp) ma dé bai cho gid thiét chita hai thanh phan trong ba thanh phan 2,7z, |z| thi
ta s6 goi 86 phiic 2 = a + bi = z = a — bi, |z| = Va? + b? v6i a,b € R, 16i sau d6 thu gon va

st dung két qua hai s6 phtic bang nhau, giai he.

v

/

= CAU 44 DE MINH HOA

CAU 44. Goi S 1a tap hop tat ca céc sb phiic z sao cho sb phic w =

R .1
¢6 phan thyc bang —. Xét cac
2| — 2 8

s6 phtic 21, zp € S théa man |z; — 25| = 2, gia tri 16n nhat cia P = |z; — 5z'|2 — |29 — 5z'|2 bang
A. 16. B. 20. C. 10. D. 32.

& Loi giai.

Goi z =z +yi (z,y € R), dicu kien |z| — 2 # 0(x); 21 = T1 + Y14; 22 = To + Yoi. Yy

1 (\/:c2+y2—x)+yi

Ta c6 w = = 5 .
(\/x2 +y? —w> —yi (x/x2+y2 —x) +y°

Theo dé, ta co

24y’ —x 1
2(22 4+ 92) — 20 /22 + 2 8
& (\/x +y?— ) =227 4+ 2% — 22\/22 + 12

-2)
— ) Va2 +y? (\/x2+y2—x>
(Vo

& 4(\/15 +y2—x

& ( ) 2+ y? — )20
?4+y?=4

=

Va2 +y?—z=0.

x>0 N
Truong hgp 1: /22 + > —r=0< ~ (khong théa man dieu kién).
y=0
Truong hop 2: /22 +y2 =4 & 22 +y? = 16
= 22 +y? = 16 va 23 + y3 = 16.
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Ta c6 |21 — 2| =2 < (v, — x2)2 + (y1 — y2)2 =45 (y — y2)2 =4—(z;— w2)2.

Khi 46 P =a? + (41— 5)° —af — (42— 5 = ~10- (31 — ) < 10[ys — 9] = 10- /4 — (21 — 22)* < 20.
Déu “=" xay ra khi va chi khi 1 = 2, V& |y; — 12| = 2.

Vay max P = 20.

Chon dap an @ O

Bi PHAN TiCH:

1. Dang toan: Cuc tri trong s6 phric.

2. Mdc d6: Van dung .

3. Dinh hudng 6n tap: Hoc sinh can nam vitng phan ly thuyét va cach gidi bai toan vé cuyc tri trong

sO phiic.

4. Kién thitc can nim va phuong phap giai:

©® PHUGONG PHAP GIAI CAU 44

%& Dang 44 // Min- Max ciia sé phiic

o —1<sint<1,—1<cost <1vaasint+bcost=+/a?+b*sin (t + «).

e Bit déng thiic Co-si : a + b > 2v/ab, ( v6i a,b > 0). Dau = xay ra khia =b

e Bét dang thic Cauchy-Schwarz dang 1: |ax + by| < /(a2 + b2) (22 + y2).

Déu = x&y ra khi vi chi khi £ = 2

z Yy
e asint + bcost < \/(a2 + b2) (sin®t 4 cos?t) = Va2 + b.
sint  cost
Dau déng thitc x4y ra khi va chi khi { @ b

asint +bcost = Va? + b?

e asint + bcost > —\/(a2 +b?) (sin® ¢t + cos?t) = —va? + b2.
sint  cost

DAau déng thitc xay ra khi v chi khi { @ b

asint +bcost = —vVa? + b?

v

1. Dang 1 : St dung phuong phap lugng giac héa
Déi v6i nhom bai toan tap hop diém biéu dién s6 phic 1a mot dudng tron thi viec luong giac héa

t6 ra kha hiéu qua va nhanh chong.

2 2
. — —b .
Gia st c6 duge gid thiét (z — a)2 + (y — b’ = R? & (x a> + <y_> = 1, sé goi ta dén

R R
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T —a

= sint r=Rsint+a . .
& dé dwa bai toan ve

cong thitc sin?¢ + cos?¢ = 1 neén ta dat Y-

dang lugng gidc quen thudc. Ngoai ra, ta can nhé nhitng danh gia thudng duge sit dung:phan chi
y

. Dang 2 : S\t dung binh phuong v6 huéng

D6i v6i mot s6 bai toan tim max, min viéc stt dung binh phuong vo huéng dé tim diém roi nham
&p dung bat dang thic: |ax + by| < /(a® + b?) (22 + y?).

Ta can nhd binh phuong vo huéng : |7 + U> = | 4> + |F)° £ 27 - 7.

. Dang 3 : St dung hinh chiéu va tuong giao

Cho duong thang (A): ax + by + ¢ = 0 va diéem M € (A). Diém (A) 4y
N ¢ (A) thi NM nhé nhat khi va chi khi M = K véi K la hinh M
chiéu ciia N tren (A).
. ¢]
e min|z| =0H =d = —
|| X o K
Khi d6 M = H va H = (A) N OH. N H
_ 4 lazn + byn + ¢
e min |z — (xy +ynt)| = NK =d = . O z
| (zn +yni)| N,(A) Va2 + b2
Khidéo M = K va K = (A)NNK.
Cho tap hop céac diem M (z;y) biéu dién s6 phiic z = x + yi
(z,y € R) la dudng tron (¢') c¢6 tam I(a;b) va ban kinh R. Yy
. N < 2 + 2 e X £ 7, / . Z M
Goi N la diém bieu dién so phic 2. Khi dé N < M,
min |z| = min OM = OM,; = |OI — R|
o Ny
max |z| = max OM = OM,y = OI + R. il N
2
Khi d6 OI N (€) = {M;; Ms}. M
min |z — 2| = min MN = NN, = |NI — R| o A
max |z — 2’| = max MN = NN, = NI + R.

Khi d6 NI N (%) = {Ny; N2}
. Dang 4 : St dung bat ding thic tri tuyét dbi
1] = [zl < 21 + 22] < [a1] + |2
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& Dang 45 // St dung bién déi dai sé két hop vdi cac bat ding thic quen thuéc dé

, danh gia
1. Bang Thic M6 Dun

o |mz 4 nz|® = m?|z|* 4 n? |z + mn (2122 + Z1.25)v6i mn € R va 21,2, € C.

2 2
otz + |zt 2l =2 ‘Z+z142—z2 +|2 5 22‘ ]véi 2,21,29 € C.
o |21+ 20| = HZ—QIZ1 + %22 v6i 21,2918 céc s6 phiic khéc 0.
21 22

2. Bat dang thic Mo-Dun

o |24 z|+ |2+ 23] > |21 — 2.

24z =k{(z+2)+(—2—2
? 1= Rl z) 2) (k € R; k € [0;1])
Dang thic xay ra khi va chi khi | [z + 20 = k[(2 + 22) + (—2 — 21)] :

2tz =k(z+2); (+2nf0keRk>0)

o [lz+z1] — |z + 2f| < [z1 — 2.

ztz=kl(z+21)+ (=2 — 22)] (k€ R,k € (—o0; 0] U [1; +00))

Déng thitc xay rakhivachikhi | |z + 20 = k[(—2 — 21) + 2 + 2]
24z =k(z4+2); (z+20#0;k € Rk <0)

3.Kién thitc can chuan bi:
1. Dang thitc Modun:

Cho s6 phiic z = a + bi (a,b € R, = —1) modun ciia z ky hiéu 1a |z| va |z| = Va2 + 12.

Z1 B |21’

N |22|

o |mz +nzl? =m? |z’ +n?| x| +mn (27 + Zz) véim,n € R va 2, 2, € C.

o 2P =2-% |21 29| = |2 - |22 5 |z = 212" = |2["(n € N7).

2 2
21+ = 21—z .
o [z tuf |zt =2 ’z+ 12 2l + 12 2 ]Vélz,zl,ZQE(C.
e |21+ 2| = %zl—klz—l:zg v6i 21, 2 1a cac s6 phiic khéc 0 .
21 z9

2. Bat dang thitc thuong ding

e Bit dang thitc tam giac ¢ dang modun |21] + |22| > |21 + 22|. Dang thitc x4y ra khi va chi

22:0
khi
29 #£0,Fk € R E>0: 2 = k2o
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Z9 =

2900,k R E<0: 21 = k2

e ||21] — |22|| < |21 + 2o|. Dang thitc xay ra khi va chi khi

e Bit dang thitc Bunhiacopxky (ax + by)? < (a® + b?) (22 + ¢?) dau ” =7 xdy ra < % _—
Yy

& Dang 46 // Sit dung biéu dién hinh hoc ciia sé6 phiic dua vé cac bai toan cuc tri

quen thuoéc
1. Cac quy tich co ban

Goi M(z;y) 1a diém biéu dién s6 phiic z = 2 + yi (v,y € R) v i? = —1.

MBobi lién hé giwa = va y Két luan tap hgp diém M (z;y)

™ Az + By +C =0. La duong théng d: Az + By + C = 0.

® MA = MB. Dang sb phiic |

|z —a—bi| = |z — c— di]. |

La duong trung truc ctia doan AB.

(x—a)’ +(y—b)* =R
2?4+ y* — 2ax — 2by + ¢ = 0.

4 La duong tron (C) c6 tam 1(0;0) va

- . , ban kinh R = va? + 0% — c.
Dang so6 phiic |z — a — bi| = R.

(x—a)*+(y—b)* < R
2 +1y? — 2ax — 2by + ¢ < 0.
Dang s6 phric |z — a — bi| < R.

La hinh tron (C') c¢6 tam 1(0;0) va ban
kinh R = va?+b?—c¢ (dudng tron

ké ca bén trong).

4

M R <(x-a)+(y—b)*< RS
Dang s6 phiic Ry < |2 —a —bi| <

La nhing diém thuoc hinh vanh khan
tao bdi hai duong tron dong tam I(a;b)

Rs. va ban kinh lan lugt & Ry va R,.
2 2
& = 4 % = 1 vdi
a La mot elip c6 truc lén 2a, truc bé 2b
MF1+MF2:2CL , < . < 4 9 2 9
Dang sb va tieu cu l1a 2¢ véi a® = b* + ¢*, (0 <
FiF5 = 2¢ < 2a. b<a)

phtc |z — ¢| + |z + ¢| = 2a.

2. Mot sd két qua quan trong can nhé:

Goi diém biéu dién ctia s6 phiic z = = + yi, 29 = o + Yoi lan lugt 1a M, A.
Khi d6 |2z — 2| = |[(z = z0) + (y — 0)i| = v/ (z — 20)? + (y — y0)? = M A.
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Mot s6 bat déng thiic hinh hoc thudng ding:

1. Cho M di dong trén dudong thing A, A 1a diém cb dinh.
A MA > d(A; A). Dau dang thitc xay ra khi va chi khi AM L A,

2. Cho M di dong trén dusng tron (I; R), A 1a diém c6 dinh. N m s

MA<AI+R. Diu" = "xdyra < Al 11 IM < M = N. wM
MA>|AI — R|. Dau " =" xéy ra < Al 1 IM.
B
3. Cho M di dong trén Elip (E) c6 truc 16n A, do dai 2a, tam I, A 1 diém /'N\
2 L —> —_ M , A
¢o dinh trén truc 16n. MA < Al +a. Dau " =" xdy ra < Al 11 IM. w M
MA > |AI — a|. Dau " =7 xay ra@ﬂTim.
4. Cho M di dong trén duong thang A.A, B 1a hai diém c6 dinh khac phia véi A.
MA+ MB > AB.Dau " =" xdy ra < M = ABNA.
A

5. Cho M di dong trén duong thang A va A, B 1a hai diém c6 dinh
cung phia véi A.
MA+ MB > AB'. Dau " =7 xdy ra & M = AB’' N A trong d6
B’ ddi xiing v6i B qua A.

MMy M’

6. Cho M di dong trén dudng thang A .A, B 1a hai diém c6 dinh cling phia v6i A.
IMA— MB| < AB.Dau" ="xdyra< M = ABNA
7. Cho M di dong tren duong thang A va A, B 1a hai diém c6 dinh khéc phia véi A.
IMA— MB| < AB'. Dau " =" xdy ra & M = AB'N A trong d6 B’ dbi xiing v6i B qua A.

7= CAU 45 DE MINH HOA
CAU 45. Cho ham sb f(z) = 3z* + ax® + ba? + cx + d(a, b, ¢, d € R) ¢6 ba diém cyc tri 1a —2, — 1 va 1. Goi

y = g(z) 1a ham s6 bac hai c¢6 do thi di qua ba diém cic tri ctia do thi ham s6 y = f(z). Dién tich hinh phing
gi6i han bdi hai duong y = f(z) va y = g(x) bang
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500 36 2932 2948
A — B. —. C. ——. D ——.
81 D 405 405
# L3i giai.
Ta c¢6 f'(z) = 122° + 3ax? + 2bz + c. (1)

Mit khac, vi y = f(z) 13 ham s6 bac bén va c6 ba diém cue tri —2, —1, 1 nén suy ra
fl@x)=12(x+3)(z+1)(x —1) =12(z* +22° — 2 — 2) = 122° + 242* — 120 - 24.  (2)

3a =24 a=28
T (1) va (2), ta c6 hé phuong trinh § 26 = —12 & < b= —6
c=—24 c=—24.
Suy ra f(z) = 3z* + 823 — 622 — 242 + d.
e Cach 1:
Ta c6 f(z) = f’()(1$+é>—7$2—16x+d+4.
Khi d6 do thi di qua ba diém cyc tri ctia f(z) 1a g(z) = —72% — 162 + d + 4.

Do do ta ¢6 ,

1
]f(a:)—g(x)\dx:/|3x4+8x3+x2—8x— doe = ——
-2

-2

2948
405

e Cach 2:
Xét phuong trinh hoanh do giao diém ctia f(x), g(x) 1a f(z) = g(z) & f(x) — g(x) = 0.
Nhan xét rang f(z) — g(x) 1a ham s6 bac bon va theo gia thiét, phuong trinh tren ¢6 3 nghiem —2, —1,
1. Khi do

F(@) = g(z) = 3(a* = 1)(x+2)(mz+n)
= (32° + 62% — 32 — 6) (mz + n)
= 3ma® + 3na® + 6ma® + 6na® — 3ma® — 3nz — 6ma — 6n
= 3ma* +3(n +2m)a® + 3(2n — m)z® — 3(n + 2m)z — 6n.

Vi f(z) 1a ham s6 bac bén va g(z) 1a ham s6 bac hai, nén ta c6 thé dong nhat he s6 bac 4 va bac 3 clia

f(z) va f(x) —g(z). Suyram=1van =

[\]

g.
Khi d6 f(z) — g(x) = (z + 2)(z* — 1)(3z + 2).
Do do
2948
= 2)(z" —1 2) =
/\f x)| do = /‘x—ir 2? —1)(3z 4 2)| do = 105
Chon dap an (D) O

Bi PHAN TIiCH:
1. Dang toan: Tinh dién tich hinh phang.

Té Toan An Phuéc



2. Mirc do: Van dung cao.
3. Dinh huéng 6n tap: Hoc sinh can nim viing phan 1y thuyét va cach giai bai toan vé tinh dién tich

hinh phéng.

4. Kién thic can ndm va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 45

& Dang 47 /// Tinh dién tich hinh phang

1. Dién tich hinh phang giéi han béi dd thi y = f(x), truc Ox va hai dudng thang v = a, x = b la

S = /b |/ ()] d.

2. Dién tich hinh phing gidi han bdi hai do thi y = f(z), y = g(x) v& hai duong thing x =a, v = b

S = / (@) — g(x)] d.

3. D@ pha bo tri tuyet ddi ta dya vao dd thi dé bo gia tri tuyet doi.

4. Thé tich khdi tron xoay sinh ra béi do thi y = f(z),y = 0, * = a, x = b quay quanh truc Oz 1

b
V= 7r/f2(3:)dx.
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1. Chd ¥ khai thac gia thiét triet de.
2. Mau ch6t la tim ra hai can a,b va ham s6 f(z) — g(z).

3. Khi d6 thé vao cong thitc va ding méy tinh cam tay tinh két qua cudi cling.

= CAU 46 DE MINH HOA

CAU 46. Trong khong gian Ozyz, cho diém A(—4;—3;3) va mat phang (P) : x +y + z = 0. Duong thang di

qua A, cat truc Oz va song song véi (P) c6 phuong trinh la
r—4 y—3 =z-3

r+4 y+3 z-3

A. ) B. )
taoyls 2T ts yie a-10
x + Y+ z— T+ y+ z—

© —4 3 1 4 3 -7
# LOi gidi.
Goi d 1a duong thang thda dé bai. Dat M (0;0;m) = d N Oz. A M
- Mt phing (P) ¢6 VIPT 1a 7 = (1;1;1), dudng thing d c6 VTCP la T d
U:m:(4;3;m—3). -
-Vid||[(P)=dlied - 1=044+3+m-3=0&m=—4.
- d c6 VICP la @ = (4;3;-7) nén loai dugc cac phuong &n
r+4 y+3 z-3 ax 4 y+3 =z-3 P

— = V. p— = .

4 ij) 1 —4 3 1

- Duong thang d qua A(—4;—3;3) va c6 VICP U = (4;3;—7) nén d c6
x+4 y+3 z2-3
PTCT la: = = .
T 3 =7
. 8 6 — 10

- Vi d di qua diem N(—8; —6;10) nén xl— = y; - - la phuong trinh cta d.
Chon dap an @ O

Bi PHAN TiCH:

1. Dang toan: Viét phuong trinh duong thing trong khong gian.

2. Mirc do: Van dung.

3. Dinh huéng 6n tap: Hoc sinh can ndm vitng phan ly thuyét va cach giai bai toan vé viét PT duong
thing.

4. Kién thic can ndm va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 46
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& Dang 48 / Viét phuong trinh dudong thing

B1. Tim mot diém M (x¢; yo; 20) thudc duong thang d.
B2. Tim mot vec-to chi phuong ctia d 1a @ = (a; b; ¢). (Cach tim VTCP ciia dudng thang).
(a) Dudng théng (d) di qua hai diém A, B, khi d6 véc-to AB la mot chi phuong cita (d).
(b) Duong thang (d) song song véi dudng thang (1), khi d6 véc-to chi phuong ctia (1) ciing 1a mot
(d).
)

vuong goc voi mat phang (a), khi d6 véc-to phap tuyén ctia (o) 1a mot chi

chi phuong ctia

(c) Duong thang (d
phuong cia (d).

(d) Duong thang (d) 1a giao tuyén ctia (P): Ajx + Byy + Ci1z + Dy = 0, mit phang (Q): Ayz +
Boy + Cyz + Dy = 0 ¢6 véc-to chi phuong cta (d), ¥ = [Rp,7 ¢

(e) Duong thing (d) di qua diém M va vuong géc hai dudng thang (d;), (dz). Khi do ta goi U 1a

v L uy

mot vée-to chi phuong ctia (d) thi v6i Uy, uy lan lugt 1a chi phuong cta (dy), (ds)
u Ly

nén ta chon u = [uy,us).

(f) Duong thang d di qua diém M, cit va vuong géc véi mot dudng thang d; cho truse. Goi H 1a
hinh chiéu vuong géc ctia M lén dudng thang d; cho trude . Duya vao diéu kien MH - ;=0
ta tim duge H. Khi d6 MH la VTCP can tim,

(g) Duong thang di qua diém M, vuong goc véi (di) va cat (dz).Goi K 1a giao diém ctia (d) va
(dy). Tacé MK 1 (dy) nén ME - g, = 0, tit d6 ta tim dugc véc-to MK chinh 1a chi phuong
cia (d).

(h) Duodng thang d di qua diém M cit ca hai dudng thang (d;) va (dy). Goi (a) 1a mat phang
chita (d;) va di qua diém M, (b) 1a mit phang chita (dy) va di qua diém M. Khi d6 dudng
thang giao tuyén clia hai mat phéng (a) va (b) 1 dudng théng (d) can tim.

(i) Duong thang (d) nim trong mat phéng (P) cit ca hai duong thing (d;), (d»).Ta can tim
diém M 1a giao diém ctia (P) va (d;), diém N 1a giao diém ctia (P) va (d). Khi d6 dudng
thang (d) di qua hai diém M, N la duong thing can tim.

T =x+at

B3. Viét PTTS cia d 1a S y = yo + bt trong do ¢ 1a tham so.

z=2zy+ct

Phuong trinh chinh téc ctia duong thang d qua M (zo; yo; 20) VA c6 véc-to chi phuong @ = (a; b; c)
ad: 2T _Y~ % _27% véi abe # 0.
a b c
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. Dua vé bai toan viét phuong trinh duong thang di qua 2 diém A,B la bai toan mau chét.

T =2+ at

. Diém M thuoc duong thang A c6 PTTS A: { y = yo + bt thi M(zo + at;yo + bt; 20 + ct).

z2=2zy+ct

. ¥ = (z1;y1; 21) cung phuong véi U = (z2; yo; 22) (17 L 6)) khi va chi khi

Tr1 = kl‘g
Tl,) = k?f 54 Yy = kyQ
21 = kZQ

Néu @y # 0,y # 0,25 # 0 thi
T _ ﬂ 21

U = (x1;91; 21) cung phuong véi T = (xa; Ya; 22) (T)’ = 6) khi va chi khi — = —
T2 Y2 o 22

4. 4 = (w1;y1; 21) vuong goc v6i U = (T2; y2; 22) khi va chi khi z125 + y1yo + 2120 = 0
5. Mot véc-to chi phuong ciia duong thang song song hodc chita truc Oz 1a 7= (1;0;0).
6. Mot véc-to chi phuong ciia duong thang song song hodc chita truc Oy la 7 = (0;1;0).
7. Mot véc-to chi phuong ciia duong thing song song hodc chia truc Oz la k= (0;0;1). v
/

= CAU 47 DE MINH HOA

CAU 47. Cho khéi nén dinh S ¢6 ban kinh day bing 2v/3a. Goi A va B 1a hai diém thuoc dudng tron day
sao cho AB = 4a. Biét khoang cach tit tam ctia day dén mat phang (SAB) bang 2a, thé tich ctia khdi non

da cho bang
A. %ﬂmf’. B. 4v/67a’. C. £?:/gwa?’.
# LOi giai.
Goi O la tam dudng tron day va M la trung diém cta AB.
Ta c6 SO L (OAB) va OM 1 AB. Dung OH 1 SM tai H.
Khi d6 khoang cach tit O dén mat phang (SAB) 1a OH = 2a.
Ta tinh duge OM? = OA? — AM? = 12a® — 4a® = 8a>.
Tam giac SOM vudng tai O c¢6 OH la dudng cao nén

1 1 1 1 1 1 1 1 1

O 02 o T 0 O OME 1 S sa

Suy ra OS = 2v/2a.
Thé tich ctia khoi nén da cho 13V =

T (2\/§a)2 -2V2a = 8V 27ad.

Wl =

D. 8v2ra?.
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Chon dap an @ O

B PHAN TIiCH:

1. Dang toan: Tinh thé tich ctia khéi nén, khoi tru lien quan dén thiét dien ctia noén hay tru.

2. Mirc d6: Van dung cao.

3. Dinh huéng 6n tap: Hoc sinh can nim viing phan ly thuyét va cich gidi bai toan lién quan dén
thiét dien ctia khoi non, khoi truy.

4. Kién thitc can nim va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 47

& Dang 49 /// Tinh thé tich ctia khéi nén, khéi tru lién quan dén thiét dién ctia nén

.. hay tru
1. Khoi nén:

Dugce tao thanh khi xoay tam giac vuéng quanh canh géc vuong.

1. Dién tich xung quanh: S = mrl.

xq nén
2. Dién tich toan phan: Sy, = Skq + Sgs, = 77l + 772

1 1
= ngéy -h = —7T7"2h.

3. Thé tich khéi nén: V. 3

nén

4. Méi lien he: 1?2 = h% + 2.

2. Khéi tru:

Dugc tao thanh khi quay hinh chi nhat xung quanh canh.

1. Dién tich xung quanh: Sy, = 27rh. w

2. Dién tich toan phan: Sy, = Skq + 2544, = 277h + 2772,

3. Thé tich ctia khoi tru: Vi, = Sggy - h = 7r%h. |

3. Khoi cau:

2 N 4
Dién tich va thé tich mat cau: S =47 R? va V = §7TR3.
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4. Cac yéu tb co ban ctia hinh nén

A
B
e Chiéu cao: h. e Ban kinh duong tron day: r.
e Do dai duong sinh: 1. e Goc 6 dinh: 2a (0° < a < 90°).

5. Mbi lién hé giita chiéu cao, dudng sinh va ban kinh day ctia hinh nén
P=hn*+R?|

6. Hinh nén tron xoay tao thanh khi quay tam giac

Cho AABI vuong tai I quay quanh canh géc vuong AI thi duong gap khic ABI tao thanh mot hinh,
goi 1a hinh nén tron xoay (goi tat 1a hinh nén).
e Duong thing AI dugc goi la truc, A 1a dinh, AT dudc goi la dudng cao va AB dudc goi la duong

sinh ctia hinh nén.

e Hinh tron tam I, ban kinh » = I B la day cta hinh nén.

7. Cong thic dién tich ctia hinh nén va thé tich ctia khbi nén

e Dién tich xung quanh: ‘qu =m-r-l|

e Dién tich toan phan hinh nén: | Sy, = Suq + Sa |

e Dién tich ddy (hinh tron): | Sy = 7 -r%|.

e Thé tich khdi non:

8. Thiét dién ctia hinh nén (N) khi cit béi mat phang (P)

e (P) di qua dinh ctia hinh nén (N):
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— Néu (P) tiép xic v6i mat nén (N) theo mot dudng sinh. Trong trudng hop nay, ngudi ta goi
(P) 1a mat phéang tiét dién ctia mit non.

— Néu (P) cat mat nén (N) theo hai duong sinh = Thiét dien 1a tam giac can.

— Dic biet: Néu (P) di qua truc ctia mit nén (N) = Thiét dien 1a tam gidc can c¢6 canh bén [
va canh day 2r.

e (P) khong di qua dinh ctia hinh nén (N):
— Néu (P) vuong goc véi truc hoanh hinh nén = giao tuyén 1a mot duong tron.
— Néu (P) song song véi hai nhanh ctia mot hypebol.

— Néu (P) song song véi mot duong sinh hinh nén = giao tuyén la mot dudng parabol.

9. Céng thic tinh doé dai cung tron c6 sé do a°, ban kinh R

TRa

[
130

10. Tinh chat AABC déu canh a

. 3
e Do dai duong cao, duong trung tuyén = %.

2
3
e Dién tich tam giac S = ¢ 11/_

/

7= CAU 48 DE MINH HOA

CAU 48. (6 bao nhieéu s6 nguyen a sao cho tng véi mdi a, ton tai it nhat bén s6 nguyen b € (—12;12) thoa
man 4%+ < 3¥-¢ 4 657

A 4. B. 6. C. 5. D. 7.
% L3i gidi.

a?+b b—a 3b a? b 3 ’ a 1 ’ a? a
4T <65 e 6524 e () 4653 (1) 4tz (1)

1
3\° NN’
Ham s6 f(b) = (Z) 165-37- (Z) 4% . 30,

b b
1 1
Ta c¢6 f'(b) = <§> ln§+65-3‘1- (—) In- <0, Vb.

4 4 4 4
Bang bién thién
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T —00 a —+00
f'(b) - 0 -
+00 Y =0
7(0) —_—
_4a2 . 3a

Ta duge tap nghiem S = (—oo; a].
S chita it nhat 4 s6 nguyen b € (—12;12) & {—11; —-10; —9; —8} C (—o0;a] & f(—8) >0

3
Chon dap an @ O

4 8
& (—) +65-30.48 - 49" .3 > 0= q € {—3;—2;...:3} (TABLE —5 — 5).

Bi PHAN TiCH:

1. Dang todn: Phuong phap ham s6, phuong phap danh gia vé mil va logarit.

2. Mirc d6: Van dung cao.

3. Dinh hudéng 6n tap: Hoc sinh can nim viing phan ly thuyét va cach giai bai toan dém.

4. Kién thitc can nidm va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 48

%& Dang 50 // BAat phuong trinh mii-loagrit- Phuong phap dat an phu- phuong phap

ham sbé
1. Dang 1: Cé mot bién nguyén va riut dudc bién nguyén nay theo bién con lai.

C6 mot bién nguyén va rit duge bién nguyén nay theo bién con lai. Dén day, ta xét ham dé tim

mién gia tri cho bién nguyen dé.

2. Dang 2:S% dung diéu kién c6 nghiém citia phuong trinh bac hai dé tim mién gia tri
cho bién nguyén.
Khi phuong trinh rit gon 1a phuong trinh bac hai theo bién khong nguyén. Ta st dung diéu kién
c6 nghiém ctia phuong trinh bac hai dé tim mién gia tri cho bién nguyéen.
V6i cach giai sit dung diéu kién c6 nghiém ctia phuong trinh bac hai , ta phai thi lai nghiém, nén
c6 han ché so véi phuong phap o lap, xét ham. Do d6, trong mot s6 bai toan c¢6 thé co lap, xét
ham thi ta nén chon phuong phap nay.

3. Dang 3:Rit bién nguyén thudc K theo bién con lai dé tim mién gia tri cho bién dé.
C4 hai bién déu nguyen, trong dé c6 mot bién nguyen thudc tap K cho trude, véi K cé thé 1a mot
khoang, mot doan. Khi d6 ta c6 thé rat bién nguyen thuoc K theo bién con lai dé tim mién gia

tri cho bién dé.

4. Dang 4:Tim diém nguyén trén cac dudng cong don gian
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Ca hai bién déu nguyen, riat dude bién nay theo bién kia dua vé bai toan tim diém nguyén trén

cac duong cong don gian.
5. Dang 5:Dwa phuong trinh vé téng cic binh phuong ctia hai bién nguyén

6. Dang 6:Pua veé phuong trinh tich ctia hai bién nguyén

Chii ¥ : Vi cau hoéi c6 bao nhiéu sd nguyén y dé mbi sé6 nguyén y, cé it nhat (hay c6
khong qua) sd nguyén x théa diéu kién cho truéc thi ta xem y 1a tham s6 va z 1a bién
s6. Tir d6 tim ra dugc tap tap nghiém bpt phuong trinh theo y.

Tt diéu kién 2 phai théa man ta liét ké ra cac sé nguyén 2. Tt dé ta lai suy ra sé luong

s6 nguyén y phai tim.

v

7= CAU 49 DE MINH HOA

CAU 49. Trong khong gian Ozyz, cho mit cau (S) : (z — 4)% + (y + 3)2 + (2 4+ 6)> = 50 va dudng thing
r y+2 z-3

d: 5 1 T C6 bao nhiéu diém M thuoc truc hoanh, véi hoanh do la s6 nguyen, ma tit M ké
dugce dén (9) hai tiép tuyén cung vuong goc véi d?
A. 29. B. 33. C. 55. D. 28.

# L gidi.

Mat cau (S) c6 tam I(4; —3; —6), R = 5/2.

Ta c6 M € Ox = M(a;0;0).

Goi (P) 1a mat phang chita hai tiép tuyén tit M dén (S). Khi d6 (P) di qua M(a;0;0), vuong géc véi dudng
thang d, phuong trinh mat phang (P) la

20 —a)+4dy—2=0&20+4y — 2z —2a = 0.

Ta c6 M la diém nim ngoai mat cau, suy ra
e IM>R& (a—4)*+9+36>50< (a—4)2>5 (1)

§—12+6-2
| \/% U 53 e |2 2| < 5v/E 2)

e d(I,(P))<R&
T (1) va (2), suy ra

a>"7

(a—4)2>5 a*—8a+11>0 1 —15<a<1
& & a< o
12 — 2a| < 5v/42 a2—2a+1<@ 7<a<1T7.
3 —15<a<17
Via € Z, suy ra c¢6 28 diém M thod man.
Chondépén@ 0J
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Bi PHAN TiCH:

1. Dang toan: Bai toan tong hgp vé MC-MP-DT.

2. Mirc d6: Van dung cao.

3. Dinh hudng 6n tap: Hoc sinh can nam viing phan ly thuyét va cach giai bai toan vé MC-MP-DT.

4. Kién thiéc can ndm va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 49

& Dang 51 // Bai toan lién quan dén mit cau-mit phing-duong thing

1. Tuong giao gitta mat cau va mat phing

Trong khong gian Oxyz, cho mat phéng (P): Az + By +Cz+ D =0 va
mit cau (S): (x —a)®> + (y — b)® + (z — ¢)?> = R? ¢6 tam I(a;b;c) va ban kinh R. Khi d6:

TH1: Néu d(I;(P)) > R thi mat cau (S) va (P) khong c¢6 diém chung.
TH2: Néu d(I; (P)) = R thi mat cau (S) va (P) c¢6 diém chung duy nhéat 1a H (mit phang tiép xic véi
mat cau tai H ) va ITH 1 (P).
TH3: Néu d(I; (P)) < R thi mat cau (S) cat mat phang (P) theo giao tuyén 1a mot dusng tron tam H
ban kinh r ta co:
e Goi H 1a hinh chiéu vuong géc ctia I len (P) va r? + ITH? = R? v6i (d,py) = IH).
e Cho diém M nam trong mat cau (S), mat phang (P) di qua M cat (S) theo giao tuyén la duong
tron c6 ban kinh r nhé nhat < IM 1 (P).
e Cho diém M nam trong mit cau (S), mat phang (P) di qua M cat (S) theo giao tuyén la duong
tron c¢6 ban kinh 7 16n nhat < (P) di qua 2 diém I va M.

2. Tuong giao gita mit cau va dudng thing

Trong khong gian Oxyz, dudng thing A va mit cau (S) c6 tam I va ban kinh R. Khi dé:
1. Néu d(I;A) > R thi mat cau (S) va A khong c¢6 diém chung.

2. Néu d(I; A) = R thi mat cau (S) va A ¢6 diém chung duy nhat 1a H khi d6 TH 1 A.

3. Néu d(I; A) < R thi mat cau (S) va cat dudng thang A tai hai diém A, B ta c6 mot s6 két qua

sau:

, AB?
e Goi H la trung diém AB = IH L A va d? \,+ —— = R? v6i (di,a) = [H).
(IvA) 4 ’
e Cho diém M khi d6 dudng thang di qua M cit (S) tai hai diém A, B sao cho do dai AB 16n nhat

la duong théng di qua 2 diém M va I.
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dai AB nhé nhat 1a duong thang di qua M va vuong goc IM.

AB?
Ta c6 diypy + 1 =R’ & AB=2,/R* —d}| \).

Vi AHIM vuong tai H nén tac6 0 < ITH < IM.

e Cho diém M niam trong mat cau (S) duong thang di qua M cat (S) tai hai diém A, B sao cho do

Chiing minh: By

e AB 16n nhit < d;n) =0 < A qua 2 diém I va M. I
e AB nho nhat < da) = IM < A vudng goc IM.
A2 A
A Ay

/

7= CAU 50 DE MINH HOA

CAU 50. Cho ham s6 y = f(z) ¢6 dao ham 1a f'(z) = 22 + 10z,Vz € R. C6 bao nhieu gia tri nguyén cla

tham s6 m dé ham s6 y = f (z* — 822 + m) c6 dang 9 diém cuc tri?
A. 16. B. 9. C. 15. D. 10.
# Lo gidi.

Ta c6 f'(z) =0 <

[ 423 — 162 = 0

y = (42® —162) - f' (2* =82 +m) =0 &
( A ) f/(z* =82 +m) =0

z=20
Tr =2
& =2

=82+ m=0

=82 +m=-10

z=20
r =2
&S |lr=-2
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Dé ham s6 y = f (2* — 822 +m) ¢6 9 diém cyc tri thi ' (2* — 822 +m) = 0 phai c6 6 nghiém phan
biét.
Suy ra phuong trinh (1) phai c6 2 nghiém va phuong trinh (2) phai c6 4 nghiém.

—-—m>0 m <0
Ta co: & & —-10<m <0.
—16<—-m—-10<0 —10<m <6

Do m € Z nén m € {-9;-8;...;—1;0}.
Vay c6 10 gia tri nguyén m théa man dé bai.
Chon dap an (D) 0

Bi PHAN TiCH:

1. Dang toan: Bai toan chi sit dung P ho#ic C hoac A.

2. Mirc d6: Van dung cao.

3. Dinh hudng 6n tdp: Hoc sinh can ndm viing phan ly thuyét va cach giai bai toan vé cuc tri va sy

tuong giao gitta hai do thi ham so.

4. Kién thic can ndm va phuong phap giai:

©® PHUGNG PHAP GIAI CAU 50

Tim cyc tri ctia ham s6 hop g(x) = f[u(z)] khi biét do thi ham s6 f(x) hay BBT ham s6 f(x)

Kién thic bo trg

1. Bai toan bd trg 1: Cho do thi ham s6 f(z) hodc bang bién thien ham s6 f(z). Tim nghiem
phuong trinh fu(x)] = 0.
Phuong phap :
e Dua vao dd thi (hosic BBT) ctia ham s6 f(x) dé tim cac nghiéem x = ; clia phuong trinh
f(z) = 0.(Giao diém ctia do thi véi truc hoanh)
e Khi d6 phuong trinh f[u(z)] = 0 < u(x) = x;. Gidi cdc phuong trinh u(x) = x; ta tim dugc
cac nghiém cua phuong trinh flu(z)] = 0.
Nhan zét: Doi khi chi tim ra dugc cac nghiém gan ding z; hodc chi tim ra dugc so nghiém
cta phuong trinh flu(z)] = 0.
2. Bai toan bd trg 2: Cho do thi ham s6 f(x) hosic bang bién thien ham s6 f(x). Tim nghiem
phuong trinh flu(z)] + p(z) = 0.
Phuong phap :
e Dit t = u(x), bieu dién p(z) = o(t).
e Bién doi phuong trinh flu(z)] + p(z) =0 < f(t) = —¢(t)
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e Dya vao do thi (hodc BBT) ctia ham s6 f(z) dé tim cac nghiém z = z; tit phuong trinh
f(z) = —p(x).(Cht ¥ ta ddi vai tro x thanh ¢ rdi dya vao do thi f(z)).

e Khi d6 phuong trinh flu(x)] + p(z) = 0 < t = u(zr) = x;. Giai cac phuong trinh u(z) = x;
ta tim dugc cac nghiém cia phuong trinh flu(x)] = 0.

Xét sut bién thién ctia ham s6 hop y = f[u(z)] ta lam nhu sau:

1. Pao ham ctia ham sb hop

o g(x) = flu(z)] = ¢'(z) = ' (x) - f'lu(z)].
u'(z)=0

e J(x)=0& (Dya vao do thi dé suy ra nghiém ctia pt f'(z) = 0)
f'lu(x)] = 0.
r=a u=a
Giast f'(z) =0« |: = f(u)=0& |: (*)
xr=1b u=>b.

Cha y dé cho
e Bang xét dau ctia f/(z) thi ta nhin nhing vi tri f/(z) = 0.Suy ra  (¥)

e Do thi cia f/(x) thi ta nhin nhiing vi trf do thi cit truc Oz.Suy ra  (*)

e Do thi ctia f(z) thi ta chiéu céc diém cyc tri xuéng truc Ox.Suy ra  (*)

2. Lap bang bién thién ctia ham s6

3. Néu ket luan ctia ham so

Cha y: Cach vé do thi cé chiia gia tri tuyét dbi.
1. S6 diém cuec tri clia ham s6 y = | f(z)| béing tong s6 diém citc tri clia ham s6 y = f(x) va s6 nghiem

boi 1é clia phuong trinh f(x) = 0.

2. S6 diém cuc tri ctia ham s6 y = f(|z|) bang 2 lan s6 diém cyc tri duong ciia ham s6 y = f(x) va

ong them 1.
cong thém v

Té Toan An Phuéc



DAP AN THAM KHAO

C |[10. B |

A

[11. C J[12. B J[13. C |[14. C |[15. A |[16. A J[17. C J[18. C |[19. C ][20. A |

21. D |[22. A ][23. D |[24. B |[25. A |[26. A |[27. A ][28. B |[29. B |[30. A |

131. A |[32. A ][33. B |[34¢. B ||35. A |[36. D |[37. B |[38. D |[39. A |[40. B |

4. B |[42. B |[43. D |[44. A ||45. D |[46. D |[47. A ||48. D ][49. D |[50. D |

~
~

~

-~

PHAN 3: BAI TAP CHO HOC SINH REN LUYEN

CHUYEN DE 1: UNG DUNG DAO HAM
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DAP AN THAM KHAO

—( TAP THE GIAO VIEN TOAN 12 -TRUONG THPT AN PHUGC )—

1. Tran Ngoc Hung-HT 5. Dang Xuan Phi-Gv Toan.

2. Nguy Nhu Thai-TTCM.
6. Quang Dai Mua-Gv Toan.
3. Quang Dai Han-TPCM.

4. Quang Dai Phu6c-Gv Toan. 7. Nguyén Van Hong - Gv Toén.
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