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BAl 1: NGUYEN HAM

A DANG 1. PINH NGHIA, TINH CHAT VA NGUYEN HAM CO BAN

PHUONG PHAP:

O _ Sir dung bang nguyén ham

Ham so cap

Ham s6 hgp u=u(x)

Thwong gap

®. [dx=x+C ®. [du=u+C. . Viphan d(ax+b)=2dx
a
a+l a+l ®
®.jx“dx:x 1+C ®.J.u°’du:u 1+C
+ +
¢ “ j(ax+b)“dx=1 L (ax+b)tic
(Ol;t—l) (a¢—l) a a+l

0. I— In|x|+C (x#0)

®_[— Inju|+C(u(x)=0)

@.J. & =£In|ax+b|+C(a;t0)
ax+b a

@.Icosxdx:sin x+C

@.jcosudu =sinu+C

@.jcos(ax+b)dx=lsin(ax+b)+c
a

®._[sin xdx =—cosx+C

®.jsinudu =—cosu+C

@.jsin(ax+b)dx=—3cos(ax+b)+c
a

©.J' 12 dx =tan x+C
cos? x

Vi x¢%+k7z

©.J' 12 du=tanu+C
cos?u

Vi u(x)¢%+k7z

IL 1tan(ax+b)+C
cos’(ax+hb) a

1 1 dx -1
®'IsiandX=—C0tX+C. ®.jsin2udu:—cotu+c ®.J'—sin2(ax+b):;cot(ax+b)+c
Véi x#kz Véi u(x)=kr
.jexdx:eX+C .je”du:e“+c ®. J'eax+bdx e L

a
®. [a'dx= 2 ic ®.[a'du= 4 ,c ®. [aPdx =———a""+C
Ina Ina p.Ina
(0O<a=1) (0O<a=1) (0O<a=1)

® Casio: Cho J'f(x)dx =F(x)+C . Tim f(x) hodc F(x)

* Nhan SHIFT —(F
an dx( (X))

d —f(x)

X=X

« Nhan phim CALC nhap x=2.5
* Néu két qua bang 0 (gan bang 0) thi d6 1a dap an can chon.
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A. Vi DU MINH HOQA:

1

Vidu 1. Tatcanguyén ham ciia ham so f (x)= la
2X+3
A. %In|2x+3|+C. B. %In(2x+3)+c. C. In|2x+3|+C. D. %In|2x+3|+c.
Loi gidi
Chon A
jf(x)dx=_[ ! dx=lln|2x+3|+C.
2x+3 2

Vidy2 Néu [f(x)dx=4x’+x"+C thiham s f(x) bing

3

A. f(x)=x4+%+Cx. B. f(x)=12x*+2x+C.
3
C. f(x)=12x*+2x. D. f(x)=x4+%.
Loi gidi
Chgn C

Taco: f (x)=(I f (x)dx), :(4x3+x2 +C)' =12x + 2X.

Vidu3. Choham s F(x) la nguyén ham cua ham s6 f (x)= v6i moi X ¢% va F(1)=1. Khi d6

2x-1
gid tri ctia F (5) bang

A. In2. B. In3. C.In2+1. D. In3+1.
Loi giai
Chon D
} 1 1
Taco F(x)z_[zx_ldx=iln|2x—]4+c

Mit khéc theo dé ra ta co: F(1)=1 <:>%In|2.1—]4+C=1<:>C=1
Nén F(x):%ln|2x—]4+1
R 1 1
Dovly F(5)=7In[25-1+1="In9+1=In3+1.
B. BAI TAP AP DUNG:

Caul. Tim nguyén ham ctia ham sb f (x)=x +1

X
1 x*
A. j dx 3x? +—=+C. B. j dx_—+lnx+C
X 4
C. _[ X)dx = 3x* —i+C D. If(x)dx:x—4+ln|x|+C.
x? 4 -
Cau 2. Trong cac khéng dinh sau, khéng dinh nao sai?
e+l
A. _[costdx=lsin2x+C. B. J'xedx: X _iC.
2 e+l
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e+l

C. J'de:ln|x|+C. D. Ixedx: X _ic.
X X+1
Cau 3. Ho nguyén ham cia hamsé f (x)=3x*+sinx la
A. x®+cosx+C. B. 6x+c0osx+C.
C. xX*-cosx+C. D. 6x—cosx+C.
Cau4. Tétcanguyén ham cia hamsb f(x)= ! la
2X+3
1 1
A. EIn|2x+3|+C. B. Eln(2x+3)+C.
C. In|2x+3+C. D. iIn|2x+3|+C.
In2
Cau 5. Gia sir cac biéu thirc sau déu c6 nghia cong thirc nio sau day sai?
A. dex:tanx+c. B. jexdx:eX+C.
COS® X
C. Inxdx:l+c. D. _fsinxdx:—cosx+C.
X

Cau 6. Ho nguyén ham ciia ham s f (x)=e”+x’ la

2X 3

A. F(x)=%+%+c. B. F(x)=¢”+x*+C
3
C. F(x)=2¢" +2x+C. D. F(x):e“+%+c.

Cau 7. Nguyén ham ciia ham s f (x)=x°+3x+2 laham s0 nao trong cac ham sb sau?

4

A. F(x)=3x*+3x+C. B. F(x):%+3x2+2x+C.
4 2 4 2

C. F(x):X—+Si+2x+C. D. F(x):x—+x—+2x+C.
4 2 4 2

Cau 8. Ho nguyén ham ctia ham sé f (x) =e*(3+e7¥) la
A. F(x)=3ex—e—lx+C. B. F(x)=3e*-x+C.
C. F(x)=3e*+e*“Ine* +C. D. F(x)=3e*+x+C.
Cau9. Ho nguyén ham ctia ham sé f(x)=e*+cosx la

. 1 ) _ ) ;
A. e =sinx+C. B. —1ex*1+smx+C C. xe*t—sinx+C. D.e*+sinx+C.
X+

Cau 10. Nguyén ham ctia ham sé f (x)=x+3" la:

2 X X
AF(x)=X4+3 1c. B. F(x)=1+—+C.

2 In3 In3

NG x?
C. F(x):?+3X+C. D. F(x):?+3x.ln3+C.
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Cau 11. Timnguyén ham F(x) ctiahamsb f (x)=sinx+cosx thoa man F (gj =2

A. F(x)=cosx—sinx+3. B. F(x)=—cosx+sinx+3.
C. F(x)=—cosx+sinx—1. D. F(x)=—cosx+sinx+1.
Cau 12. Tim nguyén ham J'szdx
sin? xcos’ x
A. F(x)=-cosx—sinx+C. B. F(x)=cosx+sinx+C.
C. F(x)=cotx—tanx+C. D. F(x)=—cotx—tanx+C.

Cau 13. Cho F(x) la mét nguyén ham cua ham s6 f(X)=4e* +2x théoa min F(0)=1.Tim F(x).
F(x)=4e”+x* - B. F(x)=2e"+x*-1.
F(x)=2e"+x*+1. D. F(x)=2e*—x*-1.

Cau 14. Chohamsb y=F (x) 1a mot nguyén ham cta ham s6 y =x’. Biéu thirc F'(25) bang

A. 125. B. 625. C. 5. D. 25.
Cau 15. Biét F(x)1a mot nguyén ham cua ham s6 f (x)= X ] va F(0)=1.Tinh F(1).
X2 +
A F(1)=In2+1.  B. F(l):%ln2+1. F(1)=0 D. F(1)=I2+2.

Cau 16. Biét F (x) 1a mot nguyén ham cua ham so f (x)=2x+2" thoaman F(0)=0.Tacé F(x) bang

2% 1 5 2,172

A X2+ . .
In2 In2

C. 1+(2X—1)In2. D. x?+2°-1.

Cau 17. Cho F(x) 1a mdt nguyén ham cua ham s6 f (x)=

2X_1.Biét F(1)=2.Giatri ctia F(2)la

A F(2)=2In3+2. B.F(2)=Ih3+2. C.F(2)=2M3-2. D.F(2)-2n3-2.

Cau 18. Nguyén ham F (x) ctia ham sé f (x)=2x+

H

thoa man F(£j=—1 la
sSin“ x 4

2 2 2
A. —cotx+x2—2—. B.cotx—x2+2. C. —cotx+x*-1. D. cotx+x2 -2 .
1 16 16

Cau 19. Tim nguyén ham F(X) cta ham s6 f (x)=sin(z—2x) théa man F (%j =1

—cos(z —2X) +1 cos(z —2x) N 1

A F(X)= > >’ B. F(x)= > >
C. F(x):w+l. D. F(x):w—%.

Cau20. Tim F(x) 1a mot nguyén ham ctia ham sé f (x)=e* -1 trén (—oo;+), biét F(0)=2.
F(x)=Inx-x-1. B. F(x)=e*—x-1.

F(x)

——x+1 D. F(x)=e"—x+1.

Fb: ThayTrongDgl - bién soan va suwu tam! 4
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A DANG 2. PHUONG PHAP POI BIEN

PHUONG PHAP:
©® Tulujn
* Dit t=¢(x), trong d6 ¢(x) 12 ham s ma ta chon thich hop.
« Tinh vi phan hai vé: dt =¢'(x)dXx.
* Biéu thi: f(x)dx=g[e(x)]e'(x)dx=g(t)dt.
« Khi do: | = [ f(x)dx = [g(t)dt=G(t)+C

® Casio: Cho jf(x)dx =F(x)+C.Tim f(x) hodc F(x)

-f(x)

X=X

. d
e Nhan SHIFT —(F
an dx( (X))

« Nhan phim CALC nhap x=2.5
« Néu két qua bang 0 (gan bang 0) thi d6 1a dap 4n can chon.

A. Vi DU MINH HQA:

Vidu 1. Tim nguyén ham ciia ham s6 f(X)=ﬂ.
1+3cosx
A jf(x)dx=%ln|1+3cosx|+c. B. If(x)dx:ln|1+3cosx|+C.
C. [ f(x)dx=3In[L+3cosx|+C. D. If(x)dx:%lln|1+3005x|+c.
Loi giai

Chon D
bat t =1+ 3cos x = dt =—3sin xdx

jf(x)dx:-lj}dtz—ilnnuc:‘—1|n|1+3cosx|+c.
3t 3 3

1
Vidu 2. Tinhnguyénham | = | ————dx.
) I J.x\/Inx+1
A |=§«/(lnx+1)3+c. B. I =+/Inx+1+C.
C. I:%«/(Inx+1)2+C. D. I =2JInx+1+C.
Loi giai
Chon D

bit t=vInx+1=t’=Inx+1= 2tdt:1dx
X

1
| = | ———dx=2|dt=2t+C =2'/Inx+1+C.
Jx\/lnx+1 I

Vidu 3. Tim ho nguyén ham ciia ham s f (x)=xI/x*+1?

Fb: ThayTrongDgl - bién soan va suwu tam!
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3 4
A F(x):—g(x2 +1)3+C.

3

C. F(x):g(x2+1)4+C.

4
B. F(x):%(x2+1)3+C.

3 4
D. F(x):§(x2+1)3 +C.

Loi giai

Chon D
it t =3x* +1 =t = x* +1= 3t%dt = 2xdx

4
J'x.f/xz +1dx =gft3dt :gt4 +C =§(X2 +1)3+C.

B. BAI TAP AP DUNG:

Céau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Céau 28.

< In x 1.4 2 1y
Tim J.—dx c6 ket qua 1a.
X

2

A. In|inx|+C. B. InX?+C.

Nguyén ham j %dx bing.
+4/ X

A. 2x-2In|Jx +1|+C.
C. 2In|Jx+1|+C.

Cho ham s F(x J-X\/X +2dx . Biét F( )

A T. B. 11.

C. —(Inx-1)+C.

x
2

B. 2Jx +C.

D. 2Jx-2In|/x+1|+C.

-2 tinh F (7).

c. 2
6

D. lIn2x+C.
2

D.

40

3

Biét F(x) la mot nguyén ham ctia ham so f (x)=e* va F (0)= ; .Giatri F [%) la

A. %e+2. B. 2e+1.

1 )dx.
X+3

A. 2In|2x+3|+C . B. %In|2x+3|+C.

Tinh nguyén ham _[(2

C. 1e+1.
2

C. In|2x+3|+C.

. —e+—.
2

D. %In(2x+3)+c.

Xét | =[x (4x’ ~3)’dx. Bing cach dit u = 4x‘ ~3, khing dinh nio sau ddy dang.

A. |=%ju5du. B. | :Iusdu.

C. 1 :ij.u5du.
12

Ho nguyén ham ctia ham s6 f (x)=x’v/4+x° 1a

A.g (4+x3)3+C. B. 2J4+x° +C.

Nguyén ham j 1)) dx bang.

C. %1/(4+x3)3 +C

D.

I =%Iu5du.

2,/(4+x3)3+C
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Céau 29.

Cau 30.

Céau 31.

Cau 32.

Céau 33.

Cau 34.

Céau 35.

Cau 36.

A i(X;ZJH_'_C B i(X;ZJH_'_C
- 33Ux+1 ' "1\ x+1 '

11 11
3\ x+1 11\ x+1
Nguyén ham caa ham s6 f (x) =sin® x.cosx la

A. %c053x+C. B. %sin3x+C. C. %sin4x+C. D. %sin4x+cosx+C.

Nguyén ham F(x) ctuaham sé f (x)=sin®2x.cos®2x thoa F (%j =01la

A. F(x)zlsin32x+isin5 2x—i. B. F(x):lsin32x—isin52x+i.
6 10 15 6 10 15
C. F(x)zlsin32x+isin5 2x—i. D. F(x):lsin?’Zx—isin‘r’Zx—i.
6 10 15 6 10 15

Néu F(x):jﬂdx thi

X2 +2x+3

A. F(x):lnﬂm. B. F(x):%ln(x2+2x+3)+c.

VX2 +2x+3
C. F(x)=+x*+2x+3+C. D. F(x)=%\/x2+2x+3+c.

In x

Cho F(x) 1a nguyén ham cua ham s6 f (x)=—-. Tinh F(e)—F(1)
X
A. |=l. B. I =1. C. |=1. D. Il =e
2 e
. . 2
Ha 0 N3 day la mot én ha 1a ha 0 f(x)= ?
am s0 nao sau day 1a mot nguyén ham cua ham so f (x) Nove
1
A. F(x)=+vx+1. B. F(Xx)=4vx+1. C. F(x)=2Vx+1l. D. F(x)= .
(=1 ()=0F. CF(x)=2d (0=
2x
Nguyén ham ctia ham s6 y = f (x)= S la
e"+1
A I =x+Inlx+C. B. I=¢"+In(e* +1)+C.
C. I=x-In|x/+C. D. I =e*+1-In(e* +1)+C.

Mot nguyén ham cia ham sé y = xy/1+x? 1a:

2

A g(m)ﬁ. B, g(mf. c. X?(m)? D. g(m)i

Tim nguyén ham I:_[ dxX.

1+e
A. I:—x—ln‘1+eX+C. B. I:x+ln‘1+eX+C.
C. I:x—ln‘l—ex +C. D. |=x—|n\1+ex +C.
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Cau37. Cho [2x(3x—2)"dx=A(3x—2)’+B(3x~2)"+C véi A, B eQ va CeR. Gia tri ciia bidu thic
12A+7B bang

23 B. 24 c. 2. D. L.
252 252 9 9
Cau 38. Tim ho nguyén ham ciia ham sb: f( ) jwdx.
3(;osx+25|nx
A. '[ x)dx = In|33|nx 2003x|+C B. J :—In 3cosx+23|nx|+C.
C. '[ x)dx = In|3cosx+25|nx|+C D.j (x) x:—ln|—3cosx+25|nx|+C.

3 dx, bang cach dit u=+/x+1 ta dugc nguyén ham niao?

Cau 39. Khi tinh nguy@n ham I Al

NS
A. j2(u2—4)du. B. j(u2—3)du. C. qu(u2—4)du. D. I(u2—4)du
Cau 40. Két qua cua phép tinh J.E)X—Zdﬁl bang
A Lin e -1 +C. B. In e -1 +C.
3 |e"+2 e*+2
C. In(ex—2e’x+1)+C. D. i e: L.c.
3 e +2

A _DANG 3. NGUYEN HAM TUNG PHAN

PHUONG PHAP:

©® Cho hai ham sb u va v lién tuc trén doan [a; b] va c6 dao ham lién tuc trén doan [a; b] .
Khi do: judv =uv —Jvdu. (*)
Pé tinh nguyén ham I dx bang ting phan ta 1am nhu sau:
Budée 1. Chon u, v sao cho f (x)dx=udv (chiy dv=v'(x)dx).
Sau do tinh v:Jdv va du=u'dx.
Budrc 2. Thay vao cong thie (*) vatinh Ivdu :
Ch( y: Can phai lya chon va dv hop li sao cho ta dé dang tim dugc v va tich phan jvdu dé tinh hon Iudv :

Ta thuong gap céc dang sau:

®Dang 1. | = j P(X) S| dx, trong d6 P(X) la da thirc. u
) COS X |
u=P(x)
Vi dang nay, ta dat sin x .
dv = dx
COS X

® Dang 2. | =J'P(x)ea”bdx, trong d6 P(x) la da thue.

Fb: ThayTrongDgl - bién soan va suwu tam! 8
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u=P(x)

dv = e®***dx

Véi dang nay, ta dat {

® Dang 3. | =IP(X)In(mX+n)dx,tr0ng d6 P(x) la da thirc.

u=In(mx+n)

V61 dang nay, ta dat
e ey {dv:P(x)dx

® Casio: Cho jf(x)dx =F(x)+C.Tim f(x) hodc F(x)

d

e Nhan SHIFT —
dx

(FM) -f(x)

X=X

« Nhan phim CALC nhap x=2.5
» Néu két qua bang 0 (gan bing 0) thi d6 1a dap an can chon.

Nguyén tic chung dé dat u va dv: Tim duge v dé dang va Iv.du tinh duogc.

Nhén manh: Thit ty vu tién khi chon dit u: “Nhét 16, nhi da, tam lwgng, tir mii” (ham l6garit, ham da thtc,

ham lugng gidc, ham mii)

A. Vi DU MINH HQA:

Vidu 1. Ho nguyén ham ciia ham sé f (x)=xcos2x la

A xsm2x+0052x+cl B. xsin2x—COSZX+C.
2 4
C. xsin2x+C032X+C. D. xsm2x_c032x+c.
2 4
Loi giai
Chon A

du = dx
u=x
Dit = 1 . .
{dv:c052xdx v:zsm 2X
Khi do | =1xsin2x—ljsin2xdx=£xsin2x+1c052x+C.
2 2 2 4
Vidu2. Ho nguyén ham ciia ham s6 f (x)=xIn2x la

2 2 2

NG 1 ) X X X 2
A. —|In2x-= [+C. B. x’In2x-—+C. C. —(In2x-1)+C. D. —In2x-x*+C.
2 2 2 2 2

Loi giai
Chon A
1
_ [u=In2x du—;
bat
dv = xdx _x_2
2
x? 1 x?
F =|f dx=—.In2x-|=.—d
(x)_[(x)x 5 nxj.xzx

Fb: ThayTrongDgl - bién soan va suwu tam! 9




GIAI TICH 12 CHUONG 3: NGUYEN HAM - TICH PHAN - UNG DUNG

2 2 2
:X—In2x—X—+C :X—(In2x—lj+c.
2 4 2 2

Vidu 3. Tim nguyén ham cta ham sé f (x)=xe*.

A. F(x):iezx(x—lj+c. B.
2 2
C. F(x):ZeZX(x—%J+C. D.
Loi giai
Chon A
Taco: F(x):jx.ezxdx.
Pit
U= x du =dx
dv=e®dx |v= 1e2X
2
:>F(x)=lxe2X Jlle“dx:lezx(x—lyc
2 2 2

B. BAI TAP AP DUNG:

Cau 41. Nguyén ham ctia ham sé f (x)=xsinx I3

A. —XcosX+sinX+C. B. xsinx+cosx+C. C.

Cau42. Kétquacia | = '[xexdx la

X2
A. | :?ex+ex+C.

Cau43. Tinh F(x) = [xsin2xdx. Chon két qua diing?
A. F(x)=%(2xc032x+sin2x)+c. B.
C. F(x)=—%(2xcost—sin2x)+C. D.
CAu 44. Nguyén ham ctia ham sé f (x)=(x+1)e* Ia
A. xe*+C. B. (x+2)e*+C. C.

Cau 45. Ho cac nguyén ham cua f (x)=xInx la:

2
A. X—Inx+lx2+C.
2 4

CAu 46. Tim nguyén ham ctia hamsé f (x)=xIn(x+2).
2 2

A. jf(x)dx=x?ln(x+2)—x +4X+C. B.
2 2

C. [f(x)x=">In(x+2)-~ e, D

B. l=e"+xe*+C. C.

B. x*In x—%x2+C. C.

XcosX+sinXx+C. D. xcosx—sinx+C.

NG .

I:?eX+C. D. | =xe*—e*+C.

F(x) :—%(2xc052x+sin 2x)+C.

F(x) :%(2xc032x—sin 2X)+C.

(x-1)e*+C. D. 2xe* +C.

2
X—Inx—lx2+C. D. xInx+lx+C
2 4 2

X*—4 X2 +4x

jf(x)dx: 5

x> —4
In

_[f(x)dx= 5

In(x+2)-

X2 —4x

(x+2)-

+C.

+C.

Fb: ThayTrongDgl - bién soan va suwu tam!
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GIAI TICH 12 CHUONG 3: NGUYEN HAM - TICH PHAN - UNG DUNG

Cau 47. Chohamsb y= I xsin 2xdx . Chon ménh dé dung trong cic ménh dé sau:

Ayf(zjzﬂ_ﬁ B,yf[zjzﬂ_ﬁ C_y'(zj:g D_y(z)zg
6 12 6 6 6 12 6 24

Cau 48. Goi F(x) la mot nguyén ham cua ham sé f (x)=xe™. Tinh F(x) biét F(0)=1.
F(x)=(x+1)e™+2. B. F(x)=—(x+1)e™+1.
F(x)=—(x+1)e*+2. D. F(x)=(x+1)e™+1.

Cau 49. Tim ho nguyén ham F(X) cta ham s6 f (x)=xe

2x'
A. F(x)=2e"(x-2)+C. B. F(x):%ezx(x—2)+c.

C. F(x):ZeZX(x—%J+C. D. F(x):%e“(x—a+c.

Cau50. Cho F(x) 1a mot nguyén ham cta ham sé f (x)=(5x+1)e* va F(0)=3. Tinh F(1).

A F(l)=e+2. B. F(1)=11e-3.  C. F(1)=e+3. D. F(1)=e+7.

Cau51. Kétquacta [Inxdx I3

A. xInx+x+C. B. xInx+C. C. xInx—x+C. D. xInx—x.

Cau52. Tim nguyén ham ciia ham sé f (x)= JxInx.

3

w

A (x dx——x2 (3Inx-2)+C. B. [ f(x %xz 3Inx-2)+C.
3 2 3
C. _[ dx:—x2 (3Inx—-2)+C. D. I §x2 (3Inx-1)+C.

Cau 53. Biét jxcos 2xdx = axsin 2x +bcos2x+C voi a, b 1a cac sb hitu ti. Tinh tich ab ?

A. ab:—l. B. abzl. C. abzl. D. abz—l.

4 8 4 8
Cau 54. Biét Ixezxdx =axe” +be” +C (a, be Q). Tinhtich ab.
1 1 1 1

A. ab==. B. ab=— C. ab= D.ab=-=.
4 8 8 4

2 X
Cau’55. Biét | = I(3x—1)e5dx = a+be voi a,b 1 cac s6 nguyén. Tinh S =a+h.

0

A. S=8. B. S=10. C. S=12. D. S=16.

Cau56. Taco sz.exdx:(x2+mx+n)ex+c khi d6 m.n bang.
A. 0. B. 4. C. 5. D. 4.
Cau57. Nguyén ham cua ham 2018 f(x)=xe” la:

A. F(X)= —ezx(x 2)+C. B. F(x):%ezx(x—%}rc.

C. F(x):ZeZX(x—%]+C. D. F(x)=2e"(x-2)+C.

Fb: ThayTrongDgl - bién soan va suwu tam!
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GIAI TICH 12 CHUONG 3: NGUYEN HAM - TICH PHAN - UNG DUNG

Cau58. Cho F(x)=(ax’+bx—c)e” la mot nguyén ham ctia ham s f (x)=(2018x"-3x+1)e™ trén
khoang (—oo;+oo). Tinh T=a+2b+4c.
A. T =1011. B. T =-3035. C. T =1007. D. T =-5053.
Cau’59. Biét j(x+3).e‘2xdx=—£e‘zx(2x+n)+c, véi mneQ. Khi d6 tdng S=m?+n’ co gia tri
m

bang
A. 5. B. 65. C. 41. D. 10.

Céau 60. Tim nguyén ham jsin Jxadx.

A. jsin«/;dx:—Zcos\/;+Zsin«/§+C. B. .[sin«/;dx:—cos X+C .
C. _[sin«/;dx:cos«/;+c. D. J’sin\/;dx:icos Xx+C.
24/x

Fb: ThayTrongDgl - bién soan va suwu tam! 12



GIAI TICH 12 CHUONG 3: NGUYEN HAM - TICH PHAN - UNG DUNG

BAI 2 - TICH PHAN

A _DANG 1. TICH PHAN DUNG PINH NGHIA, TINH CHAT

PHUONG PHAP:
1. Pinh nghia

2. Tinh chat:

A. VI DU MINH HOQA:

0
Vidu 1. Gié tricia [e*'dx bing
A l-e. B. e-1. C. —e. D.e.

Loi giai
Chon B

0
i 0
Taco J. e dx = e** .

=e-1.

Vidul. Cho bletj x)dx =3 va Ig x)dx =-2. Tinh tich phan | _I[2x+f X)—2g(x) Jdx .

A. 1 =11. B. 1 =18. C.1=5. D. 1=3.
Loi gidi
Chon A
Taco I—j[2x+f ]dX_IZXdX+I X)dx — ng X)dx =4+3-2.(-2)=11.

Vi du 3. ChoJ‘ X)dx = -2 vaj (2f (x))dx=6 khido [ f(x)dx bing

O ey 1

Al B. 2. C. 4. D. 3.
Loi giai
Chon A
5

(21 ()6 1 (1)

1

otm— 1

1
f(x)dx = f(x dx+j x)dx=-2+3=1.
0

Fb: ThayTrongDgl - bién soan va suwu tam!
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GIAI TICH 12 CHUONG 3: NGUYEN HAM - TICH PHAN - UNG DUNG

B. BAI TAP AP DUNG:

Cau 1.

Cau 2.

Céu 3.

Cau 4.

Cau 5.

Cau 6.

Cau7.

Céau 8.

Cau 9.

Trong cac phép tinh sau day, phép tinh nao sai?
2

A j(x+1)dx=(x—22+xj .

1

B. 2J?cos, xdx = (sin x)‘i”

_21 -2 ; X X 8
C. j;dx=(|nx)\73. D. Jl'e dx=(e")| .

1
-3

Tich phan T[x(x2 +3)dx bing
0

A. 2. B. 1 C. ﬂ. D. Z.
7 4
Tinh tich phan | = d_x
x+2
Al=-2 B.1=In>. C. 1=log>. p. 1 =251
100 2 2 5000

Cho ham s6 y =x° ¢6 mot nguyén ham 1a F (x). Khang dinh nao sau déy 1a diing?
A F(2)-F(0)=16. B.F(2)-F(0)=1. C.F(2)-F(0)=8. D. F(2)-F(0)=4.

3
Cho ham s6 f(x) cé dao ham trén R, f(-1)=-2 va f(3)=2.Tinh I:If'(x)dx
A l=4. B. 1=3. C. 1=0. D. I =—4.

Cho ham s6 f(X) c6 dao ham f'(x) lién tuc trén [a;b], f(b)=5 va jf x)dx =1, khi d6

B. 6. C. 4. D. 4.

NéuJ%f( dx = 3j x)dx =—1 thi jf(x)dx bing
1

1

A. 2. B. 2. C. 3. D. 4.

Cho If( )dx =2 vajg x)dx =5, khi d6 I[f )+29(x) |dx bang

A. _3. B. _8. C.12. D. 1.

2
Cho ham s6 f(x) lién tuc trén tap R va théa mén j x)dx =3, If(x)dx:—S. Gia tri cua biéu
0

thac j dx bang

A. 8. B. -11. C. -8. D. -2.

Fb: ThayTrongDgl - bién soan va suwu tam! 14



GIAI TICH 12 CHUONG 3: NGUYEN HAM - TICH PHAN - UNG DUNG

Cau 10. B1et_[ x)dx =3, _[g x)dx =9. Tich phan _[[f +g(x)]dx bang

A. 10. B. 3. C.6. D. 12.
0 2 2 .
Caull. Cho j f(x)dx =2, j f (x)dx=2. Tich phan [ f(x)dx bing
-2 0 -2
A 4. B. 3. C.6. D. 1.

Cau 12. Cho biét I—dx a+blng v6i a,b 14 cac s6 nguyén. Gia tri cua biéu tharc a—2b béng

A. 6. B. 3. C. -5. D. 7.
A .z . Tloa 875
Céau 13. Tim soO thuc a <0 théa man J-(x —6X)dx=—.
1
A a=-4. B. a=-5. C.a=-6. D. a=-3.
2
Cau 14. Gia tri cua tich phan J‘ dx la l|n9,_ Tong a+b+c bang
12X+5 a ¢
A. 18. B. 14. C. 16. D. 10.

1

Cau 15. Biét I—dx aln3+bIn2+c (a,b,c 1a céc s6 nguyén). Gia tri a+b—c bang

A 2. B. 4. C. 3. D. -1.

Cau 16. Chobiét [(4—sinx)dx=az+b, véi a, b 1a cac s nguyén. Gid tri cua biéu thic a+b bing

o—ly

A 4. B.6. C. 1. D. 1.

b
Cau 17. Véi a,b 1a cac tham s thyc. Gid tri tich phan I(SXZ —2ax —1) dx bang
0

A. b’ -b*a-b. B. b’ +b*a+b. C. b*-ba’-b. D. 3b*—2ab-1.
Cau 18. Cho I = —1dx a—Inb vdi a, b 1a cac sb nguyén duong. Gia tri a+b bang
0 X+
A. 3. B. 4. C.5. D.6.
, i 1 1
Cau 19. (6 bao nhiéu s6 thyc a e (0;2x] sao cho .[cosz(ax)dx:§+4—
a
A 2. B. 4. C. 3. D. 1.

3
Cau20. Biét | ='[XL2dx=a+bInc,v(yi a,b,ceZ,c<9.Tinhtong S=a+b+c.
X
1
A S=T7. B. S=5. C. S=8. D. S=6.

A DANG 2. TICH PHAN DPOI BIEN SO

1. POI BIEN SO DANG 1

| PHUONG PHAP:

Fb: ThayTrongDgl - bién soan va suwu tam!
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GIAI TICH 12 CHUONG 3: NGUYEN HAM - TICH PHAN - UNG DUNG

b
Dé tinh tich phan: | = _[ g(x)dx ta thyc hién cac budc:

v’ Budéc 1. Bién doi dé chon phép dit t =u(x) = dt = u’(x)dx

v Bué6c 2. Thuc hién phép d6i can:

Véi x=a thi t=u(a).
Véi x=b thi t=u(b). (Nhé: déi bién phai doi cin)

u(b)

v Budc 3. Pua vé dang | = I f (t)dt don gian va dé tinh hon.

u(a)

Dau hi¢u nhén biét va cach tinh tinh phén

Déu hiéu C6 thé dit
1. | C6 /f(x) t=/f(x)
. | C6 (ax+b)" t=ax+b
3./Coa'™ t="f(x)
. dx 2
4. | C6 —valnx | t=Inx hodc biéu thirc chira In x
X
C6 e*dx t =e* hogc biéu thirc chtra e*
6. | CO sin xdx t =cos X
7. | C6 cos xdx t =sin xdx
8. | Cé d): t =tan x
COS” X
. dx
9. | Co _dz t =cotx
sin” x

A. VI DU MINH HQA:

Vidu 1.

Vidu 2.

1
Tinh tich phan I = [ x(1+x*)"dx:

0

A. I:E. B. I:3—1. C. I:i. D. I:—i.
5 10 10 10
Loi giai
Chon B

bit t =1+ x* = dt = 2xdx .
Poican x=0=>t=1;x=1=t=2
2.4 5 |2
en 1 - - £ 31

)27 710, 10

2
Tinh tich phan 1 = j 2x~/x? —1dx bang cach dit u = x? —1, ménh d& nao duéi day dlng?
1

3 2 3 1 2
A.I=2£\/Udu. B.I:JI'\/Jdu. C.I=£\/Udu. D.I:E.[«/Udu

Loi giai
Chon C

Fb: ThayTrongDgl - bién soan va suwu tam!
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GIAI TICH 12 CHUONG 3: NGUYEN HAM - TICH PHAN - UNG DUNG

Vidu 3.

2
| = JZX\/XZ —1dx
1

bit u=x*-1=du = 2xdx.
Pdican x=1=u=0;x=2=u=3

3
Nén | :jﬁdu.
0

Tinh tich phan | = jcos3 X.sin xdx .
0

A l=—=7r*. B. | =—x*. C. 1=0.

Loi giai
Chon C

T
Taco: | = J.cos3 X.sin xdx .
0

bat t =cos x = dt = —sin xdx << —dt = sin xdx
DPoi can: voi x=0=>t=1;
Vol X=r=t=-1.

-1 1 4t 4 (_1\*
Veﬁyl=—jt30|t:jt3o|t:tZ )
1 -1

4 4

-1

B. BAI TAP AP DUNG:

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Caub.

Céau 6.

Tinh tich phan 1 = jol(x2 +X+2)°(2x+1)dx chon cach ddi bién hop li nhat

A t=(x*+X)%dx. B. t=2x+1.
C.t=(x*+x)>(2x+1). D. t=x*+X+2.

Tinh tich phan | = jol\/x5 +x3 +1(5x* +3x?)dx chon cach doi bién hop li nhét

A t=(x+x*)dx. B. t=5x"+3x°. C.t=vxX>+x*+1.

Tinh tich phan | = fllnt? xdx chon cach ddi bién hop 1i nhat
X
1 5
A t=—. B.t=Inx. C.t=In"x.
X

Tinh tich phan | = j:e (2x +1)dx chon cach d6i bién hop li nhat

A t=x>+3x+1. B.t=2x+1. C.t=x*+X.

Tinh tich phan | = jol3 (3x? +1)dx chon cach d6i bién hop li nhat

A t=x3+3x. B. t=3x*+X. C.t=x>+x.

Tinh tich phan | = jf cos®x.sinxdx chon cach ddi bién hop 1i nhat

A. t =cos°X. B. t=sinXx. C. t=cosX.

D. t =+/x°+x3dx.

D. t=e""(2x+1).

D. t=3""(3x% +1).

D. t =cos®x.sin X.

Fb: ThayTrongDgl - bién soan va suwu tam!



GIAI TICH 12 CHUONG 3: NGUYEN HAM - TICH PHAN - UNG DUNG

Cau 7. Tinhtich phan I = J.OZ tan® x. dx chon cach ddi bién hop li nhat

cos’x
A. t=tan®x. B.t=tanx. C.t=cosX. D. t =cos® X.

2
Cau 8. Tich phan j%dx “ 1102 (hids a+b bang
o X +3 2 b

A. 6. B. 8. C.0. D. 10.

1

cau9. Cho | =j

0

dx,voi cach didt t =+/x? +1 thi tich phan di cho bang véi tich phan nao sau day?
1
3z 12 3 3z
A [t B. = [ t%dt. C. [tidt. D. [dt.
0 2 0 0 1

Cau 10. Tich phan .[ cos? x.sin xdx bang

0

A -3 B. 2. c.-2. p. 3
2 3 3 2
| 1 :
Cau 1l. Cho f la ham so lién tuc thoa jf(x)dx=7.T|'nh I =Icosx.f (sinx)dx.
0 0
A. 1. B. 9. C. 3. D.7.
4 2
Cau 12. Cho [ f(x)dx=2018. Tinh tich phan I = [[ f(2x)+ f (4-2x)]dx
0 0
A. 1=0. B. | =2018. C. 1 =4036. D. 1 =1009.
4 2
Cau 13. Chotich phan | = [ f (x)dx=32. Tinh tich phanJ = [ f (2x)dx
0 0
A. J=32. B. J=64. C. J=8. D. J =16.
1 2 P ae—b \
Cau 14. Chol =[xe"*dx. Biét rang | == Khi d6 a+b bing
0
A. 1. B. 0. C.2. D. 4.
Cau 15. Vi cach doi bién u=+/1+3Inx thi tich phan dx tr¢ thanh
P J.x\/1+ 3Inx
2 22 2.2
A zJ.(uz—l)du. J. u*-1)d C. ZI(uz—l)du. D. gju Lau.
3 1 l 1 9 1 u

2. POI BIEN SO DANG 2

b
D& tinh tich phan: | = | f (x)dx, ma biéu thic du6i du tich phan ¢ dang:

1. Va*—x* : dat x=|a|sint; te{—E E}

Fb: ThayTrongDgl - bién soan va suwu tam! 18
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2. \x*—a®: dat x:lfil; te| -Z;Z \{0}
sint 2 2

3. Vx*+a®: x=a|tant; te(—%;%j

4. /a+xhoef1c /ﬂ:détx:a.cosm
a—X a+Xx

Luwu y: Chi nén str dung phép dit nay khi cac ddu hiéu 1, 2, 3 di voi X mi chin.

x2dx

VX2 +1

: B xidx
Con véi tich phan | = I

0 JUx?+1

thi phai d6i bién dang 2.

Nl
Vi du, é tinh tich phan | = |
0

thi nén d6i bién dang 1.

A. VI DU MINH HOQA:

1
Vidu 1. Tinh tich phéan sau: | :.[\/1— x2dx .
0

AL B. 1. C.0. p. -~
4 4
Loi giai
Chon A
bat x=sint tacé dx = costdt
Déicém: X:O:t:O;lezt:%.
¢ =~ 3 P Zl4+cos2t, 7
Vay | :J‘\/l—x dx=j|cost|costdtzjcos tdt :joszt:Z'
0 0 0
© dx
Vidu 2. Tinh tich phén sau: | :'[ >
5 L+ X
AZ B. = c.z. p. 2B
4 12 6 6 4
Loi giai
Chon A
Pat x=tant, taco dx =(1+tan’t)dt.
x=0->1t=0
Doi can: .
) x:l—>t:%

N
Vidu 3. Khidbibién x= JBtant thitich phan | = J- de c trd thanh tich phan nao sau day?
p X'+

Fb: ThayTrongDgl - bién soan va suwu tam!
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i %\/g 5
A |=N§dt. B I=J'—dt. C. 1 J'\/_tdt
0 0 5 0
Loi giai
Chon B

Déi bién sb
x=+/5tant = dx = J§(1+tan2t)dt
Doi can.

X= \/_:>t_% 0=t=0

i (1+tan t dt

i
| = =
5tan’t+5 5

V5 (1+tan’ t)dt_%Jgdt
5(tan’t+1) _-([ 5

o'-—.

B. BAI TAP AP DUNG:

4
Cau 16. Tinhtichphan I = jzd—xm chon c4ch déi bién hop li nhét
X"+

0

A t=x*+16. B. t=4sinXx. C. x=4tant.

Cau 17. Tinh tich phan | = [ = = chon cich ddi bién hop Ii nhit
+

A t=x*+25. B. x=t>+5. C. t=5sinx.
2

Cau 18. Tinh tich phan | :I\/4—x2dx, chon cach dbi bién hop 1i nhat
0

A. x=2tant. B.t=4-x". C. x=2sint.

B
Cau 19. Bi bién sd x=4sint ciia tich phan | V16— x2dx ta duoc:
0

Va 7Z'

4
A. I:—16Icosztdt. B.1=8

O i [N

3
5
Cau 20. Tichphan [ dx bing
ﬁ
5

£
25
A gj;dt. B gidt C. ——Idt
6 6 6

(1+cos2t)dt. C. I—16jsm tdt . .1=8

dt.

Il
O e O | Y

— 1

 x=t"+4.

. X=5tant.

.t=2sinx.

(1—cos2t)dt.

Ot [y

IR e T
o
—

Fb: ThayTrongDgl - bién soan va suwu tam!
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A DANG 3. TICH PHAN TUNG PHAN

P sin ax
1. Dang 1. jf(x) cosax |dx
a ea)(
PHUONG PHAP:
u=f(x) du = f'(x)dx
Dit sin ax . sin ax

dv =| cosax |dx v=j cosax |dx

ax

e e

A. VI DU MINH HOQA:

Vidul.

Vidu 2.

Vidu 3.

2
Tinh tich phan | =Ixexdx.
1
A l=¢", B. | =—€°. C.l=e.
Loi giai
Chon A

Uu=x du =dx
Dit =
dv =e*dx v=ge"

2
f—‘[exdx=2e2—e—eX 2
1

2
| = I xe*dx = xe*
1

:2e2—e—(e2 —e):e2

1
Tinh tich phan | = j (x—2)edX.
0

_ 2 _ 2 _ 2
A.|:5 3el B.I=5 3el C.I=5 3e_
4 4
Loi giai
Chon B
pat 1" X2 o (chon C =0)
a f— chon =
" |dv=e®*dx v=le2X i
1 1 _ 2
:>I=(x—2)1e2X —1.[ezxdx:5 3
2 o 2% 4

Tich phan .[(3x+ 2)cos’ xdx bing
0

A. §7z —. B. §7Z'2+7Z'. C. 17r2+7r.
4 4

Loi giai

D. | =3e*—2e.
2
D I:5—3e
4
D.Zn°-x
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s

Pit | = .[(3x+2)cosz xdx. Ta co:

0

(3x+2)(1+cos2x)dx

0
[I (3x+2) dx+j (3x+2) costdx} ;(I1+I2).
0

T

(3x+2)dx = [2 x? +2xj

=§7r2+272'.
2

0

(3x+2)cos 2xdx. Dung tich phan timg phéan

|
¥

 (u=3x+2 du =3dx
bat = 1 . .
dv = cos 2x dx v=§sm2x
Khi @6
:E(3x+2)sin2x —gj'sinZde
2 0 20
3 T
=0+—(cos2x) =0.
4 0

Vay Izl[§7z2+27zj:§7z2+7r.
22 4
B. BAI TAP AP DUNG:

Cau 1. Tinhtich phan I = [(2x—1)cos xdx

ot—— N

A. T-2. B. 7-3. C. ~-1.

Cau2. Tinhtichphan I = |(2—x)sin3xdx

O e [ N

A

o>

B. L. c.
9

©| oo

2
Cau3. Tinhtich phanl, = [ (2x-1)e*dx
1
A e’ —e. B. e’ +e+1 C.e*+e
1
Cau4.  Tinh tich phan = [(x-1)e™dx
0

4-¢° 5 4+¢’° 4-2¢’

A . .
9 9 9

D. -4.

O
oo

D. e’ +e-1.
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) < u=2x+1 .
Caub. Chol= I(2X+1)exdx. Dat _,_- Chon khang dinh dung.
5 dv =e*dx

1 1 1 1
A. |=3e—1+2jede. B. |=3e—1—2jede. C. |=3e+2jede. D. |=3e—2je*dx.
0 0 0 0

Cau6. Biéttich phan [ (z—3)e’dr = a +be V6i a,b € R. Tim tong a+b.

A a+b=1. B. a+b=25. C.a+b=4-3c D.a+0b=-1.
€ 4 2
Cau7.  Cho bittich phan | = [x(2x* +Inx)dx = a'e+b'e+c v6i ab,cla cc ude nguyén cua 4.
1

Tinh tong: a+b+c
A. 4. B. 1. C.3. D. 2.

Cau8. Cho j'(x+1) f'(x)dx =2 va 2f (1) f(0)=1. Tinh jf(x)dx:?
A.Ii—l. B. I =1. C.|0:—2. D.1=2.
Cau9. Biét j‘(x+2020)exdx:a.e+b .Véi a,beZ.Tinh T =a+b
A.Tozl. B.T=2. C.T=3. D.T=4.
Céu 10. Tinh I=ixeX dx.
1

A | =¢. B. | =—¢?. C. | =3e?-2e. D. | =e.

B
2. Dang 2: [ f(x)In(ax)dx

PHUONG PHAP:

dx

.. [u=In(ax) du=—
bat: v f(d = X
V=T [ g

A. VI DU MINH HQA:

] e ae’+b . ]
Vidu 1. Cholzjxlnxdx: véia,b,ceZ.TinhT =a+b+c.
c
1
A. 5. B. 3. C. 4. D. 6.
Loi giai

Chon D
du:ldx

Taco: u=lnx nén X

© | dv = xdx v—X2
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e e

jxlnxdx —?Inx ——dex =

1 1
a=1

=<b=1.
c=4

Vay T=a+b+c=6.

e’ +1

5
Vidy2. Tinhtich phan I = [(x+1)In(x~3)dx?

4

A. 10In2. B. 10In2+§ C. E—10In2 D. 10In2—g.
4 4 4
Loi giai
Chon D
1
du =——dx
u=In(x-3 _
Dét{ ( ):> 1X 3
dv=x+1 vy iy
1
5 5 — X + X
I_( X +xj|n(x 3‘ J.de
4

dx

1px2— 9+9 x—3+3
:_I 2" ;[ X-3 -[ X—-3

2
:_|n2—%6+3+9|n2j (1+43In2)

_10In2——
4

2
Vidu 3. Biét IZxIn(x+1)dx=a.Inb,véi a,beN", b lasé nguyén t. Tinh 6a+7b.
0

A. 33. B. 25. C. 42. D. 39.
Loi giai
Chon D

2
Xét 1 = [2xIn(x+1)dx =6.
0

. Ju=In(x+1) du:idx
Dat & X+1 .
dv = 2xdx 9
v=Xx"-1

Ta co:
2
I:(xz— 1)In( x+1‘

0

¢
2
=3In3- [(x-1)dx =3In3- {——xJ =3In3.

0
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Vay a=3, b=3=6a+7b=39.

B. BAI TAP AP DUNG:

Céau 11. Tinh tich phan | :j(x+2)ln xdx:

2 2 2

Al=1 B -2 coi=-&+t D, 1= 1

2 2 4 4

cauts. Néudil V=M thi tich phan 1 = [(2x+1)In xdx tr thanh
au 12. Neéu dat v = (2x+1)dx I tich phan —'!‘( x+1)Inxdx tré than
A. I:( 2 —I(x+1)dx. B. | =x? Inx‘ I X+1)dx.
1 1
C. I:lenx‘:+‘|-xdx. D. I:(x2+x)lnx‘j+.[(x+1)dx.
1

2
Cau 13. Tinh tich phan J =len(x+1) dx
0

A.J:fln3. B.J=§In3. C.J:EInB. D.J:§In3.
3 3 2 4

2
Cau 14. Biét [2xIn(1+x)dx=alnb, véi a,beN’, b 1a sd nguyén t6. Tinh 3a+4b.
0

A. 42, B. 21. C.12. D. 32.

3
Cau 15. Biét Jln(x—l)dx =aln2+b voi a,b la cac sé nguyén. Khi d6, a+b bang
2

A 0. B. 1. C. 3. D. 2.

3
Cau 16. TichPhan | = j In(x? - x)dx 1a:

2
A. 3In3. B. 2In2. C.3Ih3-2. D. 2-3In3.
2
Cau17. Tichphan | = ':‘(—X X bing:
1
1 1 1 1
A (112 B. Z(1-In2 C. Z(In2-1 D. =(1+In2
5(1+n2). 5(1-In2). 5(In2-1). ;(1+In2).

2
Cau 18. Tich phan K = [(2x—1)In xdx béng:
1

A K:3|n2+1_ B. K==, C. K=3In2, D. K=2In2-=,
2 2 2
a

. ¢ s 3e*+1 . A 5
Céau 19. Cho _[x In xdx = véi a,beZ.Tong a+b bang
1

A. 20. B. 10. C.17. D. 12.
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2
Cau 20. Biét .[2xln(x+1)dx =alnb, voi a,beN", b 12 s6 nguyén té. Tinh 6a+7b.
0

A. 33. B. 25. C. 42. D. 39.

/B -
Sin ax
3. Dang 3: jeax.{ }dx

cosax
PHUONG PHAP:
U sin ax du:{ aco_sax }dx
piat: ¢ |cosax |= —asinax
dv = e®™dx v==—e¥
a

A. VI DU MINH HOQA:

O e | Ny

Vidul. Tinhtich phan I = |cosx.e*dx.
3 3 _ 3 7_
A.e +2. B.e 2_ c:.e +1_ D.e 1.
2 2 2 2
Loi giai
Chon D
2
| = J' cosx.e*dx
0
U = COSX du = —sin xdx
Dat: =
dv =e*dx v=g"

| =cosx.e*

2 2
Z+ J'sin x.e*dx = —1+Isin x.e*dx (*)
0 0

z
2

J= _[sin x.e*dx
0

u=sinx du = cosxdx
bat: =

dv =e*dx v =g
z z
L 2 k4 2
J =sin x.e* 5 — Jcos x.e*dx =e? —Jcos x.e*dx
0 0
=e? —| (2%

e -1

Thay (2*) vao (*) taco: | =
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O ey [N

Vidu 2. Tinhtich phan | = |sinx.e™dx.
o2 o7 _
A e +2. B. e 2.
2 2
Chon D

T

2
| = Isin x.e *dx
0

_ |u=sinx du = cosxdx
bat: = )
dv=eTdx (v=-€

| =—sinxe™

z 2 oz
2+ I cosx.e *dx=-e 2 +J(*)
0

O N | Y

J = | cosx.e *dx
U = COSX du = —sin xdx
bat: =
dv =e *dx V=—g"
3
J=—cosxe |2 —J'sin x.e*dx
0 0
=1-1 (2%)
_ _% 1
Thay (2*) vao (*) ta ¢6: | = — . iy

Sinx

Vidu3. |=|e"™.sin2xdx

O N | Y

Al B. 2.

Chon B

sinx

I1=2|e"".sinxcosxdx.

Oy

. |u=sinx du = cos xdx
Pat

dv = e*"™* cos xdx {v =M

sinx

e¥"*.cos xdx

T
— | =2sinxe"™™|2 —

O N [N

=2e—2e""[2 =2

e 241
2
Loi gidi

C.

C. -1.
Loi giai
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B. BAI TAP AP DUNG:

Cau 21.

Cau 22.

Céau 23.

Cau 24.

Céau 25.

o t— |y

Tinh tich phan | = | e*cos2xdx :
i i
A=t B 1= 2
5 5

Tinh tich phan | :%eX sin xdx .
0
A. I:eg+2. B. I:eg+1.
Tinh tich phan | :ii;ex sin 2xdx .
0
e% +3 _ e% +1.

A l= . B. |
5 5

g
Tinh tich phan | = J'eX sin 3xdx
0

5 5
A.I:e +1. B.I:e +1.
7 8

et +2

et +1
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BAIl 3: UNG DUNG CUA TIiCH PHAN TRONG HINH HQC

A DANG 1. UNG DUNG CUA TiCH PHAN TINH DIEN TiCH HINH PHANG.

PHUONG PHAP:
© Dién tich hinh phéng gi6i han bsi do thi ham s6 y = f(x) lién tuc trén doan [a;b], truc hoanh

b
va hai duong thang x=a, x=b duoc x4c dinh: S = “ f (X)|dX .

YA

% y=f(x) JQ

7 y=0 S = || f(x)|dx
_ %//‘ (H) xX=a a
O a c¢ b b

® Dién tich hinh phang gi¢i han boi d6 thi ham s6 y = f(x), y=g(x) lién tuc trén doan [a;b] va

b
hai duong thang x=a, x=b dugc xac dinh: S = “ f(x)— g(X)|dX

(C):y=fi(x)
(C):y=f,(%)
x=a
x=b

b

S = [|f,(x) = ,(x)]dx

a

(H)

b
- Néu trén doan [a;b], ham s6 f (x) khong doi dau thi: [| f (x)]dx =

a

i f (x)dx

- Nam ving cach tinh tich phan ctia ham s6 c6 chira gia tri tuyét dbi

- Dién tich cua hinh phang giéi han boi cac duong x =g(y), x=h(y) va hai duong thing y=c,

d
y=d duoc xéac dinh: SZ“Q(Y)—h(Y)wy-

A. VI DU MINH HQA:

Vidu 1. Tinh dién tich hinh phang giéi han boi d6 thi ham sé y=2-x* va y=x.

A.g. B. 7. C.5. D.E'.
2 2
Loi giai
Chon A

X=-2

Phuong trinh hoanh d6 giao diém ctia hai @6 thila: 2—- X’ =x < x* +x-2=0< {X 4

Dién tich cua hinh phang can tim 13

Fb: ThayTrongDgl - bién soan va suwu tam! 29



GIAI TICH 12 CHUONG 3: NGUYEN HAM - TICH PHAN - UNG DUNG

1

_9
>

S :j‘—xz—x+2‘dx=
22

1
_[ (—x* —x+2)dx
22

3 2
XX L ox
3 2

Vidu 2. Goi S la dién tich cta hinh phéng gi6i han boi cac duong y = In_zx , ¥y=0, x=1, x=e. Ménh dé
X

-2

nao duoi day ding?

A S ﬁjlnx B S=I|:](—X Cso j(lnxj j(lnxj
1 1
Loi giai

Chon B

Taco S = Ilnx

e

Vi Vxe[Le], |nx>o:>—>o S = [—dx.

Vidu 3. Tinh dién tich hinh phang giéi han boi cac dudng y=x7, y= —%x +% va tryc hoanh nhu hinh

A.

GSHIEN
oy)

Chon D
Dua vao dd thi ta c6:
Dién tich hinh phang can tim 13

1 4
S:J‘xzdx+J. —lx+ﬂ x:lx3
) I73773) 3

B. BAI TAP AP DUNG:

' Xt 4 ’
+ -2+ =Zx|| =
, U6 3
1

Cau l. Dién tich phan hinh phang t6 den trong hinh v& bén dudi dugc tinh theo cong thirc ndo dudi day?

Ay
y=s(x)

S5

T

3
—2 O| 1
T T o
3

A [(FO)-g()dx. B. [(9(x)~ f(x))dx

-2
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0 3 0 3

C. [(F()-g09)dx+[(g0() - (x))dx. D. [(90)—f())dx+[(F(x)-g(x))dx.

-2 -2

Cau 2.  Dién tich hinh phing gii han boi hai duong y=x*+11x—6 va y=6x* la

A. 52, B. 14. c.l D. 1.
4 2
Cau 3. Dién tich hinh phing gi¢i han boi y=x?;y=0;x=1;x=2 bang
AL B 2. c.8 D. 1.
3 3 3

Cau 4. Dién tich phan hinh phing gach chéo trong hinh v& bén duoc tinh theo cong thirc ndo dudi day?

YA
: y=xz°-2z-1

Y= —2°+3
A. J%(2x2+2x+4)dx. B. j(2x2+2x—4)dx.
el -1
C. J%(—sz +2x+4)dx. D. i(—sz —2x+4)dx.

-1 -1

Cau 5. Tinhdiéntich S cua hinh phang (H) gi6i han boi cac dudong cong y=—x°+12x va y=—x2.
937 343 793 _ 397

A S="1. B.S="" C.S=—". D. S
12 12 4 4
Cau6. Goi S la dién tich hinh phing gi6i han béi do thi ham s6 (H):y = X7 e cac truc toa do. Khi do

X+1
gid tri cia S bang

A. S=2In2-1. B.S=In2+1. C.S=In2-1. D. S=2In2+1.
Cau 7. Dién tich phan hinh phang gach chéo trong hinh v& bén duoc tinh theo cong thirc nao dudi day?
yi\

y= R 2y

f 0 1 3 \\,_ *
A. j(—x2+4x—3)dx. B. i(—x2+2x+1l)dx.
1 1
C. j:(Xz—ZX—ll)dX. D. Js'(xz—4x+3)dx.
1 1

Cau 8. Dién tich phan hinh phing gach chéo trong hinh v& bén duoc tinh theo cong thirc ndo dudi day?
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\ I||_1-=x3-3x2+1

A. j:(xs—5x2+9x—7)dx. B. j:(—x3+5x2—9x+7)dx.
1 1

C. i(—x3+x2+9x—9)dx. D. i(xs—x2—9x+9)dx.
1 1

Cau 9. Dién tich phan hinh phiang gach chéo trong hinh v& bén duoc tinh theo cong thirc nao dudi day?

2 2
A. j(5x—8)dx. B. j(2x2+5x+2)dx.
-2 -2
1
2 2
C. [(-5x-8)dx. D. [ (-2x*-5x-2)dx.
-2 -2
Cau 10. Dién tich hinh phing gi6i han boi do thi cac ham s6 y=x°va y=x>?
A. S=1. B.S=2. c.s=1 D.s=1
6 3
Cau 11. Tinh diéntich S cua hinh phang gidi han boi cac dudng y =x?—2x, y=0, x=-10, x=10.
A s =200 B. S=2008. C. $=2000. D. 52098
3 3
Cau 12. Tinh dién tich hinh phang gi6i han boi d6 thi ham sé y = 4x—x* va truc OX.
A. 11, B 34 c. 3t D. 32
3 3 3

Cau 13. Cho hinh phang (H) dugc gidi han boi do thi ham s6 y = e?*, truc Ox,0y va duong thing x=2.
Tinh S hinh phang trén.

A e* -1, B. l(e“—l). c. let D. 3(e4+1).
2 2 2
Cau 14. Tinh dién tich hinh phang gigi han boi hai d6 thi (P):yz—%(x2 —8x+7), (H): y:;(—_7.
- X
161
A. 3,455, B. 9-8In2. C. 3-In4. D. ?+4In3+8ln2.
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Cau 15. Tinh dién tich S cua hinh phang gidi han boi cac dudng y =x*—2x, y=0, x=-10, x=10.

A.S:@. B. S=2008. C. S=2000. D.Sz%.

A _DANG 2. UNG DUNG CUA TiCH PHAN TINH THE TiCH.

PHUONG PHAP:
1. Bai toanl: Tinh thé tich vat thé tron xoay sinh bdi mién (D) gi6i han bsi y=f (x); y=0va x=a, x=b

khi quay quanh truc OX.
b
* Phuong phap giai: Ap dung cong thic:V = 7zJ. ydx

2. Bai toan 2: Tinh thé tich vat thé tron xoay khi cho hinh phang gi6i han béi: y= f (x); y=g(x)quay

quanh truc OX.
* Phuong phap giai:
» Giai phuong trinh: f (x)=g(x)c6 nghiém x=a, x=b

b
 Khi d6 thé tich can tim: V =7 [|f2(x)-g* (x)dx

A. VI DU MINH HOQA:

Vidu1l. Cho hinh phiang D giéi han voi duong cong y=+/x*+1, truc hoanh va cac duong thing
x =0,x=1. Khbi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V bang bao nhiéu?
4 4

AV=—. B.V=2r. C.V=—. D.V=2.
3 3

Loi giai
Chon A
Theé tich khoi tron xoay dugc tinh theo cong thurec:
4

1 - > 1 , ¥ !
Vzﬁ!(\/x +1) dX:”‘[(X +1)dx=7z(§+x)o_ 3

Vidu 2. Tinh thé tich ctia khdi tron xoay dugc tao thanh khi quay quanh truc hoanh hinh phang gi6i han boi
db thi ciia cac ham sd y=—xX*+x2+2,y=2.

A.gn. B.@ﬂ'. C.@ﬂ. D.@.
35 35 35 35
Loi giai
Chon A
. 3, 2 x=0
Tach: X" +x+2=2<
x=1

1
Thé tich: V =7zj (—x3+x2 +2)2 _2? dx=%n.
0
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B. BAI TAP AP DUNG:

Cau 16.

Cau 17.

Céau 18.

Céau 19.

Cau 20.

Céau 21.

Céu 22.

Céau 23.

Céau 24.

Cho ham s6 y=f (X) lién tyc trén doan [a;b]. Goi D 1a hinh phang gidi han béi do thi ham s
y = f (), truc hoanh va hai dudng thing x=a, x=b (a<b). Thé tich khéi tron xoay tao thanh

khi quay D quanh truc hoanh dugc tinh theo cong thirc

b b b b
AV =x[f2(x)dx. B.V=2z[f’(x)dx. C.V=r*[f*(x)dx. D.V=z[f(x)dx.

Goi (H) la hinh phdng gi¢i han boi cac duong:y=sinx;Ox;x=0;x=x. Quay (H) xung

quanh truc Ox ta dugc khéi tron xoay co thé tich 1a
2

AL B. X, C. . D. 72,
2 2

Thé tich cua khéi tron xoay khi cho hinh phang gidi han boi Parabol (P) :y =x* va duong thing
d :y =2x quay quanh truc Ox bang

A. n.z[4x2dx—7zj‘x“dx. B. 7rj‘(x2—2x)2 dx. C. ni4x2dx+ﬁjx4dx.D. ﬂj(Xz—ZX)dX.
0 0 0 0 0 0

Tinh thé tich vat thé tron xoay do hinh phang gi¢i han boi y = JInx, tryc Ox va duong thang
X =2 quay xung quanh tryc OX.

A 2In2+1. B. 2zIn2+ 7. C.2zIn2-rx. D. 2In2-1.

Cho hinh phang D gi6i han bai dudong cong y = J2+sinx, truc hoanh va céc duong thang x=0,
x = 7 . Khoi tron xoay tao thanh khi quay D quay quanh truc hoanh c6 thé tich V bang bao nhiéu?
AV =27, B.V =27(7+1). C.V=2r. D.V =2(z+1).

Cho hinh phang (H) gi6i han béi cac duong y=x*+3, y=0, x=0, x=2. Goi V 14 thé tich

ctia khdi tron xoay duoc tao thanh khi quay (H) xung quanh truc Ox. Ménh dé nao dudi day

dang?
A.V:ﬂj'(x2+3)2dx. B.VZ?Z'j-(X2+3)dX. C.V:j-(x2+3)2dx. D.V:j.(x2+3)dx.
0 0 0 0

Cho hinh phang (H) gi6i han béi cdc duong thang y=x*+2,y=0,x=1x=2.Goi V la thé tich
ciia khéi tron xoay dugc tao thanh khi quay (H)xung quanh truc Ox. Ménh dé ndo duéi day

ding?
2 2 2 2 2 2
AV :ﬂI(X2+2) dx. B.V :j(x2+2) dx. C.V :ﬂj(x2+2)dx. D.V :_[(x2+2)dx.
1 1 1 1
Viét cong thic tinh thé tich V cua khdi tron xoay duoc tao ra khi quay hinh thang cong, giéi han
boi d6 thi ham s6 y = f (), truc OX va hai duong thing x =a,x=b(a<b), xung quanh truc OX.

A.szzj'fz(x)dx. B.Vzifz(x)dx. C.V=7Z'.Tf(X)dX. D.Vzhf(x)‘dx.

Tinh thé tich cta khdi tron xoay dugc tao thanh khi quay quanh truc hoanh hinh phing gidi han boi
dd thi ctiia cac ham sé y =3x—x%,y=0.
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Céau 25.

Cau 26.

Céau 27.

Cau 28.

Cau 29.

Cau 30.

E B. gﬂ. C. gﬂ. D.E.
15 15 10 157
Tinh thé tich cua khéi tron xoay duoc tao thanh khi quay quanh truc hoanh hinh phéing gi6i han boi
db thi ctia cac ham sé y =2x?,y = x°.
A. @n. B. @n. C.@. D.@.
35 35 35 35
Tinh thé tich cta khoi tron xoay dugc tao thanh khi quay quanh truc hoanh hinh phang gidi han boi
db thi cua cac hamsé y=x%,y=0,x=1.
AZ B. 47 c.Z. D.Z.
4 7 2 7
Tinh thé tich cua khéi tron xoay dugc tao thanh khi quay quanh truc tung hinh phang giéi han boi
dd thi cua cac hams6 y=2x* -3 y=1Ly=2;x=0.
A. 8r. B. Z. c. p. 2%
2 4 15
Tinh thé tich cua khdi tron xoay duoc tao thanh khi quay quanh tryc hoanh hinh phang gidi han boi
do6 thi ciia cac ham so xy =9,y =0,x=1,x=3.
A. 54r. B. 67. C.12x. D. 6.
Tinh thé tich ctia khdi tron xoay duoc tao thanh khi quay quanh truc hoanh hinh phang gi6i han boi
dd thi cua cac ham sd y=2Inx,y=0,x=1x=e.
A r. B.e-2. C. 7r(e—2). D. 47z(e—2).
Tinh thé tich cua khéi tron xoay duoc tao thanh khi quay quanh tryc tung hinh phang gii han boi
d6 thi ctia cac ham s6 y=x%y=0;x=1.
567 27 93

A —. B. —. C. —. D.
5 ) 5

~| Y
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