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Ung Dung May Tinh Cam Tay Bién soan: Tran Anh Khoa

CHUYEN PE:
SU DUNG MAY TiINH CAM TAY
GIAlI TOAN TRAC NGHIEM LUQNG GIAC

PHAN I. SU DUNG MAY TINH CAM TAY
TRONG CAC BAI TOAN GOC VA CUNG LUOQNG GIAC.

Bai toan 1. Poi « =32° sang radian.
A 3% B. /7. c. ¥z p. 1%
45 45 45 45
Céch giai bang MTCT:
Mubn ddi sang don vi radian ra chuyén MTCT vé mode radian bing cach: [SHIFT| MODE|

Nhap sb 32 vao may rdi nhan 4] Man hinh xuét hién

R Math
a2
Nhén E man hinh xuét hién
R Math &
de”
(o]
el
Pap an dung la A.
N 2 Rqg 372' A o oA
Bai toan 2. Boi a = T sang do, phut, giay.
A. 33°45', B. 30°45'30". C. 30°44'30". D. 30°40".

Cé4ch giai bang MTCT:
Muédn d6i sang don vi do ra chuyén MTCT vé mode dd bing cach: SHIFT| MODE|

Nhap sé i—g vao may rdi nhan =1[°™]. Man hinh xuét hién

Math &

SN
16

23745 0"

Dap an dung l1a A.

Trwong THPT Lac Long Quan Trang 1



Ung Dung May Tinh Cam Tay Bién soan: Tran Anh Khoa

PHAN I1. SUDUNG CHU'C NANG CALC
CUA MAY TINH CAM TAY DE KIEM TRA CAC PAP AN

DANG TOAN 1. KIEM TRA MOQT GIA TRI LA NGHIEM CUA PHUONG TRINH.
DANG TOAN 2. KIEM TRA MOT HQ LA NGHIEM CUA PHUONG TRINH.
DANG TOAN 3. KIEM TRA MOQT TAP LA TXP CUA HAM SO LUQNG GIAC.

DANG TOAN 1. KIEM TRA MOQT GIA TRI LA NGHIEM CUA PHUONG TRINH.

Bai toan. Nghiém duong nho nhat caa phuong trinh cos2x —5sin x—3=0 trong khoang

(3—” : 47zj la
2

N 5. 10 c 19r o
6 6 6 2

Loi giai tw luan: cos2x—5sinx—3=0 < 1-2sin®x—5sinx—3=0

T
sinx:—% (nhan) X=—o+kex

< 2sin® x+5sinx+2=0< (kez).
. . 1
sinx = -2 (loai) X =?+ k27
11
3 5 25 ="
T Fikow<dr  |D<k<D ket ke {12}
o (3% 2 6 6 12 23
Vi x e - ; 47 | nén 3r Tx = 1 17 — X—Eﬂ'.
< +k2n<4rx “<k<——*E k=1
2 6 6 12 19
X=—1r
i 6
Ma 1? 1%77 227[ do d6 dap an ding la B.

Cé4ch giai bang MTCT: i

Chuyén may tinh vé mode radian: SHIFT| MODE|
Nhap biéu thirc cos2x —5sinx—3. Man hinh xuat hién Costnl- 55 IniAlk

Ta nhan xét: chi c6 3 dap an B, C, D 1a thoa diéu kién trong khoang ( 5 47rj Loai dap an A.

Trong cac dap an 1a nghiém, ta tim nghiém dwong nhé nhit va chon dap an dé. Cu thé
Nhén [CALC] 117 + 6 ta dugc két qua bing 0,|CALC| 197 + 6 ta dwoc két qua bing 0 va [CALC

57+ 2. ta dugc két qua khéc 0. Do d6 % va % la nghiém. Ma % 1%7[ Vay

Pap an dung la B.
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Ung Dung May Tinh Cam Tay Bién soan: Tran Anh Khoa

DANG TOAN 2. KIEM TRA MOT HQ LA NGHIEM CUA PHUONG TRINH
Theec hanh: Kiém tra mot ho 1a nghiém caa phuong trinh f (x)=0

X =a+kar, keZ, a lahing sé
Thé vao x =a biéu thic f(x)
e Néu f(x) nhan mét gia tri khac 0 thi x =« khong la nghiém cia PT f (x)=0. Do dé dap
an dugc thé chic chan 1a dap 4n sai.
e Néugiatri f(x) nhan motgia tri bing 0 thi x = a mot nghiém cua PT f(x)=0. Do d6
dap an duoc thé co thé 1a dap an dung.
e Luu y: kiém tra cac dap an c6 chu ki nhé nhat trugc

Bai toan 1. Phuong trinh —sinx +2cosx =1 ¢6 mot ho nghiém la

A. X:—%+k27z (keZ). B. X:—§+k7z (keZ).
C.x=—24kZ (keZ). D. x=—2+k> (keZ).
2 2 2 4

Loi giai tw luan: Phuong trinh < —%sin x+§cosx 1

. 1 ( 1. . 2)
o sin(x+a)== |cosa=—=vasina ==
5 5 5

T I S .1 .1
Loi giai nay dan dén bé tac trong X+a= arcsmg X=—a+ arcsmg
=N =N . (keZ).

viéc chon dap an trac nghiém. 1 _
X+a=z-aresins | x=-a+r-arsing

Xx=—"tk2rz
<:>sin(x+a):sin(a—%j<:> ; (kez).
JT

Loi giai phu hop cho cau hei trac X = - 20 + k27

nghiém trén.

Vi 1=—00305 :sin(a—zj.
5 2

Dap an dung la A.

Céch giai bang MTCT:
Chuyén may tinh vé mode radian: [SHIFT| [MODE|
Nhap biéu thirc —sin x+2cosx—1.

NhanCALC|—7 + 2 duogc két qua 0. Nhan CALC|—r +3 ta duoc két qua g Loai dap an B.
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Ung Dung May Tinh Cam Tay Bién soan: Tran Anh Khoa

Ta kiém tra cic dap an cé chu ki nhé nhat truéc. Kiém tra dap an D:
Nhén [CALC| -7 + 2 +1.%. Ta dugc két qua khac 0. Do d6 loai dép 4n D

Nhan [CALC| -z +6 +1.%. Ta duoc két qua khac 0. Do d6 loai dap an C.

Dap an dung l1a A.
Bai toan 2. Giai phuong trinh Cosx_ﬁi'” X_0
sinx——
2
T T
A.X=E+k7r (keZ). B.X=€+k27r (keZ).
14 i
C.X=?+k27z (keZ). D.X=?+k7r (keZ).
1 X %2+ k27
Lo giai tw luan: Piéu kién sinx—=#0 & sinx == < (keZ).
2 2 o
x¢?+ k27

Phuong trinh cos X —+/3sin x =0 < cos X =/3sin

<:>COtX=\/§<:>COtX=COt%<:>X=%+I7z (1eZ).

A sin
S ki
6 6
cos
>
O
Hinh 1 .
m Hinh 2

Biéu dién nghiém x = %+ Iz (1 € Z) trén Hinh 2,d6i chiéu diéu kién duoc biéu dién & Hinh 1.

Ta loai nghiém X:%+I27r (1 e Z).Vay phuong trinh c6 nghi¢m x:%”ﬂzn (lez)

Dap an dung la C.
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Ung Dung May Tinh Cam Tay | Bién soan: Tran Anh Khoa

Cé4ch giai bang MTCT:
Chuyén may tinh vé mode radian: SHIFT| MODE|
cos X —+/3sin x

Nhap biéu thic
sinx——
2

Nhan [CALC| z +6. Ta duoc két qua khac 0. Do d6 loai dap an A va B, con lai C hoac D.
Ta kiém tra cac dap an co chu ki nhé nhat trwéc. Kiém tra dap an D:

Ta kiém tra dap an D. Nhan [CALC %”Jr 7 . Ta duoc két qua khac 0. Do d6 dap 4n D 14 sai.

Pap an dang l1a C.

Bai toan 3. Giai phuong trinh \/§cos(x+%j +sin(x —%) = 2sIn 2X.

x=5%+k27r x=7—”+k27z
A keZ). B keZ
s 27 ( < ) Vs V4 ( = )
X=——+k— X=——+k—
18 3 18 3
X 7?ﬁ+k7z X=—+k27
C keZ D. keZ
s 27 ( < ) Vs V4 ( = )
X=——+k— X=——+k—
18 3 18 3

e e " , T . . T
Loi giai tw luan: Tacé cos(x+5j —sinx, sm(x—zj:—cosx.

Do d6 phuong trinh —/35sin X — oS X = 25in 2X <> v/35in X + COS X = —25in 2X
= ?sin x+%cosx =-sin2x < sin(x +%) =sin(-2x)

X+ =-2x+k2x x:—£+k2—7[
o 6 o 28 3 (keZ).
X+%:7r+2x—k27z X=—§—k27r

4 L 7 k=—1-k' . 17 .
Xeét nghi¢m x_—?—k27z KeZ KeZ x_?+k 2r.
Vay phuong trinh ¢6 nghiém X:—%Jrk%r, X:%T+k'27z (k, k'eZ).

Dap an dung la B.
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Ung Dung May Tinh Cam Tay | Bién soan: Tran Anh Khoa

Céch giai bang MTCT:
Chuyén may tinh vé mode radian: [SHIFT| MODE|

Nhap biéu thuc \/§cos(x+%j+sin(x—%j — 2sin 2x.

Nhan xét: —% Xuat hién & ca 4 dap an, khong can kiém tra gié tri nay, n6 1a nghiém cua PT.
Nhan CALC| 57 +6 va [CALC 7z +6va [CALC 187 +6.

. LI, : A : :
Ta duoc két qua chi co ?ﬁ la nghiém cua PT. Nén loai A va D, dap an dting nam & B hoac C.
Trong cac dap 4n con lai, ta Kiém dap 4n c6 chu ki nhé nhat truéc.

Ta kiém tra dap an C. Nhan CALC %r+ 7 . Ta dugc mot s6 khac 0. Do d6 dép an C 1a sai.

Dap an dung l1a B.

DANG TOAN 3. KIEM TRA MOT TAP LA TXP CUA HAM SO LUQNG GIAC

Sin X — COS X

Bai toan 1. Tap xac dinh ctia ham s y = —— la

4 —-5c0sX—2sIn° X
A. D:R\{i%+k27z, keZ}. B. D:R\{i%+k7z, keZ}.
C. D=R\{i%+k27z, keZ}. D. D=R\{i%+kﬂ, keZ}.

Lot giai tw luan:
HSXD < 4-5c0osx—2sin’>x =0
PT 4—-5cosx—2sin>x =0« 2c0s* X—5c0sx+2 =0
cos x =2 (loai)

1 ox=+21k2r (kez).
COS X =5 (nhan) 3

Do d6 HSXP < x # i%+ k2z (keZ).

Vay TXD D = R\{i%+ k2, k e Z}. Dép 4n dang 1a C.

Céch giai bang MTCT:
Caé sé Iy thuyét: Tap xac dinh caa mot ham s 1a tap hop tat ca cac gia tri caa bién s6 1am cho ham
s6 c6 nghia.
Thuc hanh: TXD cuaham s6 y = f (x) 1a D=R\{« +kaz, k € Z,a la hang so}

Thé vao x =a bieu thic f(x)
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Ung Dung May Tinh Cam Tay | Bién soan: Tran Anh Khoa

e Néu f(x) nhan mét gia tri nao dé thi x =« thudc TXD cua ham s6. Do dé dép 4n duoc thé
chéc chan 1a dap 4n sai.

e Néugiatri f(x) duoc may tinh béo 16i Math ERROR thi x =& khong thugc TXD ctia ham
s6. Do d6 dap an dugc thé cd thé 1a dap an dung.

e Luu ¥: kiém tra cac dap an c6 chu ki nho nhit truée

Chuyén may tinh vé mode radian: [SHIFT| MODE _ vt &
) Sin X — cos X i SinlAI—CoOsS (A"
Nhap biéu thac . Man hinh xuat hi¢n I :
' 4 —5c0s X — 2sin® X ‘ d-SCoOs (XK1 =-ZSin(#

Nhan ||CALC| z < 6. Man hinh xuét hién
Math &

L AN, o e " w11

d-5Cos (Al —-ZS1R(F
d+45
15

Diéu nay ching to % thude TXP ctua ham sb. Do d6 loai dap 4n A, B.

Nhan [CALC| 7 =+ 3. Man hinh xuét hién
E
Mat.lh ERROR

[AC] :Cancel
C4JC ekl GOLO

Math

Piéu nay ching to % khong thude TXD ciia ham s6. Do d6 dap an dung 1a C hoac D.

Trong cac dap an con lai, ta kiém dap 4n ¢é chu ki nhé nhit trwéc. Ta kiém tra dap an D:
Nhan |CALC| 7 =3+ . Man hinh xuat hién
Math &

- e I 0 %00 "o e " "

4—EGDSIH]—25iHIE
1 -5
10

Piéu nay ching to %+ 7 thude TXD cia ham s6. Do d6 loai dap 4n D.

Pap an dung la C.
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Ung Dung May Tinh Cam Tay |

Bién soan: Tran Anh Khoa

Bai toan 2. Tap xac dinh ctia ham s y =

1

1

1 .
+ la

A. D=R\{7Z’+k27l‘, keZ}.

C. DzR\{k%, keZ}.

Loi giai tw luan:
HSXD
1-sinx>0
cosx+1>0

Rt tan(x—%);tO@

cos(x—zj #0
2

sinx<1
cosx>-1

sin(x—zJ 20 &
2
cos(x—zj;t 0

2

+
Jl-sinx +Jcosx+1

tan(x—”)
2

B. D:R\{k%, keZ}.

D. DzR\{kﬂ, keZ}.

sinx =1

T
X—— %
2

TXD D =R\{k%, k ez}. P4p an ding Ia C.

Cé4ch giai bang MTCT:
Chuyén may tinh vé mode radian: SHIFT| MODE|

1

1

Nhap biéu thtc

1
— +
J1-sinx +Jcosx+1 tan(x—;[j

1

cosx=-1 <

k™
2

Math

x¢£+k27z
2
X=rx+Kk2r @Xik% (keZ).

T
X#k=

. Man hinh xuét hién

41—-=1iHh

[+

JCOS L.:

Nhan CALC| 7 va [CALC 0. Man hinh déu bao 15i, diéu nay chung t6 7 va 0 khong thudc
TXD cua ham s6. Do d6 chua thé loai dugc dap an nao.
Trong cac dap an con lai, ta Kiém dap an ¢é chu ki nhé nhat truéc.

Ta kiém tra d4p 4n B. Nhin [CALC 1.%. Man hinh xut hién

L

Math &

+ -
d1-=in(#)1 JHCcos;

1.61512535

Trwong THPT Lac Long Quan
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Ung Dung May Tinh Cam Tay | Bién soan: Tran Anh Khoa

Pidu nay chang to % thude TXD caa ham s6. Do do loai dép 4n B.

Ta kiém tra dép n C. Nhén 1.% valCALC 2.% valCALC 3.% va 4.% .

(¢t mot chu ki 27)

Man hinh déu xuét hién Math

B
Math ERROR

[AC] :tCcancel
C4JCe]:GotD

Pap an dung la C.

) PHAN 111. SUDUNG MAY TiNH CAM TAY
HO TRQ GIAI PHUONG TRINH BAC NHAT POI VOI SINX VA COSX

Dé giai phuong trinh asinu +bcosu = c. Ta bién d6i
asinu+bcosu=c<sin(u+Y) :%
Budc 1. Bdm [Shift] [+] a D] b[g
Buéc 2. BAm D] (Ta c6 duoc X)
Bim|RCL| [S—&D] (Ta ¢ duoc Y)

Luu y: asinu+bcosu = X sin(u+¢). St dung phép bién ddi ndy cho giai phuong trinh dang
asinx+bcosx=a’sinx' +b’ cosx’.

Bai toan 1. Bién ddi phuong trinh /3sinx—cos =+/2 V& phuong trinh luong gidc co ban, ta duoc
phuong trinh nao sau day?

A sin(x—%jzﬁ. B. sin(x+%}=€. C.sin(x—%]zx/f. D.sin(x+%)=\/§.

2

Lo giai tw luan: Tacé a=+/3, b=-1 ¢ =+/2. Chia 2 vé cua phuong trinh cho va? +b* = 2.

Phuong trinh x/§sin X—C0S = JE = ?Sin x—%cos :%
<:>cos£sinx—sin£cos:£<:>sin x—2L =£
6 6 2 6 2

Pap an dang 1a A.
Céch giai bing MTCT: Tacé a=+/3, b=—1.

Trwong THPT Lac Long Quan Trang 9



Ung Dung May Tinh Cam Tay | Bién soan: Tran Anh Khoa

Chuyén may tinh vé mode radian: [SHIFT| [MODE|

Nhén V3 [)] —1va [E. Man hinh hién thi
R]

Pol(fF.-1
r=0, fi=-[. EA5I5

B Malh A @ A
Nhan D] :tadugc X =2. A i
, 1
Nhan - ta dugc Y =—%. 5 !

Do d6 +/3sinx—cos =~/2 @sin(x—%j :%'

Dap an dung l1a A.

Bai toan 2. Bién doi phuong trinh —S|n(x—§)+\/_cos(x—§j J2 vé dang SII’](X+Y):%
voi Y e(O X 7z). Tinh X.z+Y .

3’ 2’ 3’ 3

Lo giai tw luan: Tacé a=-1, b=+/3, ¢ =~/2. Chia 2 vé cua phuong trinh cho va? +b* = 2.

j f@_gs.n(x_gj+§cos(x_g}:ﬁ

Phuong trinh —sin (x _E] + \/_cos(

3 2
S cosz—ﬂsin(x—zj+sm—cos(x——) — <:>S|n(x—E 2—”) —chin(x+£) =£
3 3 3 3 2 3 2
T I

SuyraY_— X=2=>Xzx+Y =2r+—=—.
3 3 3

Dap an dung 1a D. .
Cach giai bing MTCT: Tacd a=-1, b=+/3. Poll-1,/3
Chuyén may tinh vé mode radian: SHIFT| [MODE| 0 !

Nhin -1 )] v/3va 5 Man hinh hién thj =2, 8=2_ 1943951

Math &

Nhan D] : taduoc X =2. y LI i S
Nh4n : ta duoc Y :2?”. . 2,
3
Do d@o6
27 \/E ) T \/E
—sm X—— +\/—COS X—— \/—<:>Sln X—£+— =—&SIN X4+— | =—.
[ e 5§ |2 sin x5 5 |- F s sinf e T )=

Trwong THPT Lac Long Quan Trang 10



Ung Dung May Tinh Cam Tay Bién soan: Tran Anh Khoa

SuyraY =" X =2= Xz+Y=27+%=17
3 3 3

Dap an dung la D.

Bai toan 3. Nghiém cua phuong trinh €os2X +Sin X = \/§(cosx—sin 2x) la

x=" 1k x="+k2x
Al 2 (k). B.| 2 (k).
T r k2rx
X=——+k2rx X=—+——
6 18 3
c.x:—%+k%” (keZ). D. x=%+k2;r (keZ).

(Sir dung lru y & trang 10 va cach bAm may nhuw trén)
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Ung Dung May Tinh Cam Tay Bién soan: Tran Anh Khoa

) ) PHAN V. - ‘
SU DUNG CHUC NANG TABLE CUA MAY TINH CAM TAY

Dang toan 1. TIM GTNN VA GTLN CUA HAM SO LUQNG GIAC.

Dang toan 2. TIM CHU KI TUAN HOAN CUA HAM SO LUQNG GIAC.

Dang toan 3. XET TINH PONG BIEN, NGHICH BIEN CUA HAM SO LUQNG GIAC.
Dang toan 4. TIM NGHIEM VA SO NGHIEM CUA PHUONG TRINH LUQNG GIAC
TRONG MOT KHOANG CHO TRUOC.

Poi nét vé chire ning TABLE

- Chike ning: Tinh gia tri ham s tai mot vai diém. Ta c6 thé sir dung chirc ning tinh gid tri cua hai
hamsd f(x) va g(x) .

- Thao téc:

+ Dé tinh gi tri caa mgt ham s6 f (x) tai mot s diém: Cai dat bang cach bim SHIFT| MODE|
(SET UP), tiép theo bam Replay xubng, chon 5 (TABLE). May hoi Select Type, cac ban chon 1
tuong tNg V4i yeu cau chi can tinh gia tri cia mot ham sé tai mot diém.

Tuong Gng Vi 2 1a tinh gia tri caa ddng thoi hai ham sb tai mot sb diém.

- Sau khi cai dit xong, ban vao ché @é tinh bang cach bam:

+ Bude 1 ,nhap ham s f (x) cin tinh.

+ Budc 2: Start: Nhap méc x bat dau tir dau?

+ Budc 3: End: Nhap méc x két thuc tai dau?

+ Budc 4: Step: Budc nhay 1a khoang cach giira cac diém dau mt.

B4m [ ta duoc bang gia tri mong muén,

- T6i da: Chung ta chi c6 thé tinh t6i da dugc 30 gié tri cho mot ham sé.

Dang toan 1. TIM GTNN VA GTLN CUA HAM SO LUQNG GIAC
e TimGTLN va GTNN cua mothamso y = f (x) trén [a; b].
Buéc 1. Nhan MODE| 7] (TABLE)
Budc 2. Nhap biéu thic f (x) vao may
b-

Budc 3. Nhin [ sau d6 nhap Start=a, End=b, Step = Z_Oa' (C6 thé lay tir 29 tro xudng)

(Chia 20 dé c6 duoc 20 budc nhay, va bang TABLE c6 21 gia tri, nhu thé 1a dal)
Sau do6, dua vao bang TABLE, tatim GTNN va GTLN.

Bai toan 1. Gia tri nho nhét va gia tri Ion nhat caa ham s6 y =3—-2sin®x lan luot 12
A. -3;0. B.0; 1. C.1; 3. D.-1; 2.
Loi giai tw luan: Tacd —1<sinx<1l«< 0<sin®x<1< 0>-2sin*x>-2

&3>3-2sinx>1=3>y>1.Vay GTNN la1 va GTLN la 3.
Pap an dang 1a C.
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Ung Dung May Tinh Cam Tay | Bién soan: Tran Anh Khoa

Cé4ch giai bang MTCT:
Chuyén maéy tinh vé mode dé: [SHIFT] MODE 3
(thyc té d¢ mode radian ciing tinh dwoc GTLN va GTNN, tuy nhién & mode dd
ta d& dang nhan ra gi tri ma tai d6 ham s6 dat GTLN, GTNN)
Nhén (TABLE). Nhap biéu thic f (x)=3-2sin? x, man hinh hién thi

Iath

flaIB-251inCE)=

Nhén [H, mot s6 may s& hién thi g(x) =, dé x6a ham nay ta nhin [SHIFT]| [MODE]||V] 5] [1]
Nhén 5, Start=0, End =360, Step =(360-0)+20.
Dua vao bang TABLE, ta nhan thady GTNN Ia 1 tai hang tht 6 va 16.

GTLN la 3 tai hang thir 1, 11 va 21.

Dap an dung la C.
Pic biét: Ta nhan thdy GTNN dat tai x = 90, x = 270 = x =%+ kz (keZ).
GTLN dattai x=0, x=180, x=360= x=kr (k €Z).

Bai toan 2. Tap gia tri cua ham sé y = 2sin? X +sin X + 4 V4i X€|:—% ; 2?71 la

A [4; 7] B[% : 7}. C. [%O : 4}. D[g ; 7}.

. : : 1
Loi giai tw luan: bat t =sinx, X€|:—% ; 2?”} %t:smx%—z ; 1}.

Khido y=2t> +t+4.Taco b 1t 1|
2a 4 2

Do d6 GTNN va GTLN cta ham sé sé dat tai x:—%, x=—%, x=1.
f(—%j:4, f(—%j:%, f(1)=7. Viy GTNN m =31 va GTLN la w1 7.

Vay tap gid tri cua ham s6 trong doan {—% ; 2?7:} la [% ; 7}.

Dap an dung la D.
Céch giai bang MTCT:

Chuyén may tinh vé mode do: [SHIFT] MODE| 3

Nhan (TABLE). Nhap biéu thic f (x)=2sin? x+sinx +4.

Nhén =, Start=-30, End =120, Step =(120+30)+20.

Dua vao bang TABLE, ta nhan thay GTNN 1a 3,8751 ¢ hang tht 3 tai x = —15°.
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Ung Dung May Tinh Cam Tay Bién soan: Tran Anh Khoa

GTLN a7 & hang thir 17 tai x = 90°.

Vi % _ 3,875 va %O _ 3,75 nén 3,8751 gin voi % hon. Do d6 GTNN 1a%. Pép 4n ding 13 D.
iy s . s, Lo s T T 1+sinXx e,
Bai toan 3. Goi M la gia tri I6n nhat va m la gia tri nhé nhat caia ham s6 y = ——. Khi d6
2+ COS X
JM? —m? bing
AS 5. 203 ¢t p.16.
3 3 3 9

Loi gidi tw luan: Phuong trinh < 1+sinx = y(2+cosx) <> sinx—ycosx =2y —1,
Phuong trinh cé nghiém < 12 +(—y)2 > (2y—1)2
o yi+14y? —4y+1
< 3y? -4y <0

4
S0<y<—,
y 3

Do d6 GTNN Ia 0 va GTLN I3 %. Khi d6 M2 —m? :%.
Dap an dung l1a C.
Céch giai bang MTCT:
Chuyén may tinh vé mode do: SHIFT] MODE| 3|
Nhén [MODE] 7] (TABLE). Nhap biéu thirc f (x) = ;H'” x
+ COS X
Nhén [H, Start=0, End =360, Step =(360—0)+20.
Dua vao bang TABLE, ta nhan thay GTNN m =0 tai hang thi 16.
GTLN M =1,333172048 tai hang thtr 9.

Khi d6 VM2 —m? ~1,333 ~ %. Piap 4n ding 1a C.

Bai toan 4. Hang ngay muc nudc cua con kénh I&n xuéng theo thuy triéu. Po sdu h (mét) caa muc
nudc trong con kénh duoc tinh tai thoi diém t (gio) trong mot ngdy boi cong thic
h= 3cos[%t+%) +12. Muc nuéc cua kénh cao nhat khi:

A. t =13 (gid). B.t =14 (gid). C. t =15 (gid). D.t =16 (gid).

Loi giai: Muc nuée cua con kénh cao nhat khi h 16n nhat:
ooos| T o1 P _yon vei 0<t<24 vakeZ.
8 4 8 4
Lan luot thay cac dap an, ta dugc dap an B thoa man.

Vi t:14—>%t+%:27z (déng v6i k =1 7). PAp 4n diing 14 B.
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Dang toan 2. TIM CHU KI TUAN HOAN CUA HAM SO LUQNG GIAC
Co so ly thuyét:

e Hamsb y=sin(ax+b) va y=cos(ax+b) tuan hoan véi chu ky T, :%.
e Hamsé y=tan(ax+b) va y=cot(ax+b) tuan hoan véi chuky T, =é.

e Hamsé y=f,(x) tuan hoan véi chu ki T, va ham s6 y = f,(x) tuan hoan véi chu ki T, thi
ham s y =k.f,(x)xh.f,(x) (k, h 1a hdng so) tuan hoan chu ki T, lABCNN cua T, va T,.

Bai toan 1. Timchu ki T ciahamsd y = sin(§+ 2017)— 2tan(2x+%j.
A . T=4r. B.T=nx. C. T =3nr. D.T=2r.
Loi giai tw luan:

Ham s y = sin(ng 2017) tuan hoan véi chu ki T, = == = 47.

N\H"Q’

Hamsé y = tan(2x+%) tuan hoan véi chu ki T, = %

Suy raham s y =sin (§+ 2017) — 2tan (Zx + %) tuan hoan vai chu ki T, = 4x.
Pap an dang la A.
Cé4ch giai bang MTCT:
e Nhén (TABLE). Nhap biéu thic f (x) =
e Start: mot giatri X, bat ki thuoc TXD. Néu chu ki thugc TXD thi nhap luén chu Ki.
e End: x +10T, Step: dap &n dang kiém tra.
e Néucacgiatri f(x) déubing nhau thi dap an do la chu ki.
e Néu khong phai ta nhan |AC| roi kiém tra dap an tiép..
e Taphai thir d4p an Ia chu ki nho nhét trudc.
Cu thé, ta thuc hién nhu sau:
Chuyén méy tinh vé mode rad: [SHIFT| MODE 4

Nhén (TABLE). Nhap biéu thirc f(x):sin(§+2017)—2tan(2x+%j.

Ta Kiém tra tinh dap 4n c6 chu ki nhé nhat trwéc. Ta kiém tra dip an B :
Nhan [5, Start =z, End =107, Step = 7.
Dua vao bang TABLE, ta nhan thay cot f (x) c6 cac gia khong bang nhau. Loai dép 4n B.

Ta kiém tra dap an D :
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Nhéan|AC| [, Start =2z, End=10.27, Step = 27.
Dua vao bang TABLE, ta nhan thay cot f (x) c6 cac gia khdng bang nhau. Loai d4p 4n D.

Thuc hién tuong tu, ta loai dap &n C. Suy ra dap an dang la A.
Thir kiém tra dap an A.

Nhin|AC| [, Start =47z, End=10.47, Step = 4. B Math
Duwa vao bang TABLE, ta nhan thay | “.-_ﬁ_:r.l: -II:.I:E:I;IE
cot f(x) co cac gia bang nhau. 2| 25. 132 |-1.3902
3131. 6991-1.302
Pap an dung 1a A. 1Z. 56657061
Bai toan 2. Tim chu ki T cta ham sé y = 2sin? (3x+%)+sin 4X.COS X.
A T=4r. B. T =3~x. C.T:Z?ﬂ. D. T =2x.

Loi giai tw luan:
. ., Vs i r) 1,. .
Tacd y=2sin [3x+gj+sm4x.cosx=1—cos(6x+§j+5(sm3x+sm5x)

2z
6

Hamsé y = cos(6x+%j tuan hoan véi chu ki T, =

w_l 3

N : A A - 2
Ham so6 y =sin3x tuan hoan véi chu ki T, =?ﬂ.

Ham sé y =sin5x tuan hoan véi chu ki T, =2?ﬂ.

Suy ra ham s y = 2sin? (3x+%} +sin4x.cosx tuan hoan véi chu ki T, = 27,

(Tatim BCNN cua 60, 120 va 72. Bép an la 360)
bap an dang la D.
Cach giai bang MTCT:

Chuyén may tinh vé mode rad: [SHIFT] MODE| {4
Nhén (TABLE). Nhap biéu thic f(x)=Zsin2(3x+%j+sin4x.cosx

Ta kiém tra tinh dap 4an c6 chu ki nhé nhat trwéc. Ta kiém tra dap 4n C :
Nhéin [, Start =27 +3, End=10.27 +3, Step =27 +3
Dua vao bang TABLE, ta nhan thay cot f (x) c6 cac gia khong bang nhau. Loai C.

Ta kiém tra dap an D : R Math

Nhén |AC] | Start =27, End=10.27, Step = 2r. FHEI'En FiH)

Dva vao bang TABLE, ta nhan thiy é |3 GEE E' E

cot f (x) co cac gia bang nhau. 5! 1B. ug 0.5

Pap an diing la D. . 25335155307 |
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Dang toan 3. XET TINH PONG BIEN, NGHICH BIEN CUA HAM SO LUQNG GIAC

Ghi_chi: St dung chic nang TABLE dé xét tinh don diéu caa ham sb luong giac, c6 phan hoi
khong tdi wu cho 1am vi viéc giai ty luan 1a khdng khd. Tuy nhién, ching ta van nén 1am quen véi

viéc giai dang toan nay bang TABLE, s& hitu ich cho viéc xét tinh don diéu caa ham s6 16p 12.

Bai toan 1. Véi x e (371”337”) ménh dé ndo sau day la dang?
A. Ham sd y = cos x nghich bién. B. Ham sé y =sinx ddng bién.
C. Ham s6 y = tan x nghich bién. D. Ham sé y = cot x nghich bién.

Cé4ch giai bang MTCT:
Chuyén may tinh vé mode rad: [SHIFT] MODE| {4
Ta kiém tra tinh don diéu biing cach quan sat gia tri f (x)

e Néucot f(x) ludn ting ta két lugn ham s6 dong bién trén khoang da xét.
e Néucot f(x) ludn giam ta két luan ham sb nghich bién trén khoang da xét.
Takiém tra dap 4an A
Nhén (TABLE). Nhap biéu thic f (x) = cosx
Nhén [5, Start =317 +4, End =337 +4, Step = (337 +4-3Llr +4)+20.
Dua vao bang TABLE, ta nhan thay cot f (x) 0 luc tang, ldc giam. Do do A la dap an sai.

Twong tw, ta nhan thay biéu thac f (x)=sinx luon tang trén khoang di cho.
Dap an dung 1a B.
Bai toan 2. Véi x e (o;%} , ménh d& nao sau day la ding?

A. Cahai ham s6 y = —sin2x va y = -1+ cos2x déu nghich bién.
B. Ca hai ham sd y =—sin2x va y = —1+cos2x déu dong bién.
C. Ham sé y = —sin2x nghich bién, ham s6 y = —1+cos2x déu dong bién.

D. Ham sé y = —sin 2x nghich bién, ham s6 y = —1+ cos2x déu dong bién.

(Thuc hién ting ham y = —sin2x va y = —1+cos2x dé kiém tra sy dong bién, nghich bién)
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Dang todn 4. TIM NGHIEM VA SO NGHIEM CUA PHUONG TRINH LUQNG GIAC
TRONG MQT KHOANG CHO TRUGC

Bai toan 1. Trén doan {—% ; 27Z'j|, phuong trinh cos x =§ c6 bao nhiéu nghiém?
A. 3. B.4. C. 5. D.2.

. 1 1
Loi giai tw luan: Phuong trinh c0S X :£<:> X :iarccos£+ k27 (k € Z).

° Véix=arccos£+k27z.v‘| X e _z - 27 | nén —zsarccosE+k27z£27z
14 2 2 14

—a>—0,3105<k <0,9394 <= >k =0 — X = arccos .

° Vérix=—arccos£+ k2z.Vi xe _r : 277 | nén —ZS—arccosE+ k27 <27
14 2 2 14

xap Xi

—Casio_,_0,1894 <k <1,0605—~L 5k e{0; 1} > xe {—arccosE; _arccos = + 27[}.

Vay phuong trinh da cho ¢6 3 nghiém trén doan [—% ; 27:}. Pap an dung la A

Cach khac: Dung dwong tron lweng giac.

i ) ) A sin ¥ = 13
V& duong tron lugng giac va biéu dién cung tur 7 &n 2r. 14
2
Tiép theo ta ké dudng thang x = 13 Nhin hinh vé ta thay
14 cos
duong thang x = 5 cit cung luong gi4c vira Ve tai 3 diém. 0
Vay phuong trinh da cho c6 3 nghiém trén doan [—% ; 27:}.

Céch giai bang MTCT:
Chuyén may tinh v& mode rad: [SHIFT] MODE| /4

Nhén (TABLE). Nhap biéu thirc f(x):cosx—g.

Nhén [, Start=-z+2, End =27, Step=(27+ 7 +2)+20.

Luu y: Gid tri ham s6 f (x) d6i dau khi di qua X=X va X=X, thi phuong trinh f (x)=0 c6 mét
nghiém trong khoang (x, ; x,).
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Dua vao bang TABLE, ta nhan thay
e O hang thit 4 va hang tha 5, f(x) doi dau.
Suy ra f(x)=0 c6 mot nghiém thudc (—0,392 ; 0).
e O hang tht 5 va hang tht 6, f(x) doi dau.
Suy ra f(x)=0 c6 mot nghiém thudc (0 ; 0,3926).
e O hang thtr 20 va hang thir 21, f (x) d6i dau.
Suy ra f(x)=0 c6 mot nghiém thudc (5,8904 ; 6,2831).

Math R| Math
r F i) 0 Fid
e e B
2l rmErEe | e ag -
O, 39759490517 E. o5l S53507

Vay phuong trinh da cho c6 dang 3 nghiém trén doan {—% ; 27{‘.
Dap an dung la A.
Bai toan 2. Trén khoang (% ; 272'), phuong trinh cos(%— 2xj =sinx c6 bao nhiéu nghiém?

A. 3. B.4. C. 5. D.2.

Loi giai tw luan: Phuong trinh COS(%— ZXJ =sinx < cos(%— 2xj = cos(%— x}

%—2X=%—X+k27r x=—" _kor
o o 23 0 (keZ).
Z—2x:—(£—xj+k27z x =27 B
6 2 9 3
7
7 5 =T
e % kom<2r |-L<k<—D ke yk—_q
. T . |2 3 6 12 14
Vi x e E,27z nén ) K2 & 3 c = x_gn.
T2 2o | —2<k<———*Eske{-2-1)
2 9 3 12 8
X—§7Z'

7Z- -
]

Vay phuong trinh da cho c6 3 nghiém trén khoang (2 27zj.

Dap an dung 1a A.
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Céch giai bang MTCT:
Chuyén may tinh vé mode rad: [SHIFT] MODE| {4

Nh4n (TABLE). Nhap biéu thic f(x)=cos(%—2xj—sinx.

Nhan H Start=7+2, End=2x, Step =(27z—7r+2)+20.
Dua vao bang TABLE, ta nhan thay
e Phuong trinh f (x)=0 c6 mot nghiém thudc (2,7488 ; 2,9845).

e Phuong trinh f(x)=0 cé mot nghiém thudc (4,8694 ; 5,105).
e Phuong trinh f(x)=0 cé mot nghiém thudc (5,105 ; 5,3407).

R| Math Math
n F i n F i)
5l2.5132( 0.3 |5{u. BEDY | 5. 5153
'1IEH?IHEIF 0.5126 11 0. 0G65H
Z.95451 5021 5. Sd0707511

Vay phuong trinh da cho c6 3 nghiém trén khoang (% ; sz.

Pap an dang 1a A.
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TAO RA SOLVE HUU HIEU NHO CHUC NANG TABLE

Bai toan 3. Trén khoang (% ; 27;), tong T cac nghiém cua phuong trinh cos(%— ZXJ =sinx la

AT=27 B.T=3/7, e 7 ==lZ 237

9 9 9 ' 9
Loi giai tw luan: (Tuwong tir bai 2).
Trén khoang (% ; 27zj, PT cos(%—ijzsinx cé cac nghiém la x:s?ﬂ; X =

Vay T = 377” Dap an dung la B.

Cé4ch giai bang MTCT:

Dua vao bang TABLE, ta nhan thay
e Phuong trinh f (x) =0 c6 mot nghiém thudc (2,7488 ; 2,9845).
e Phuong trinh f(x)=0 cé mot nghiém thudc (4,8694 ; 5,105).
e Phuong trinh f(x)=0 c6 mot nghiém thudc (5,105 ; 5,3407).
Dung chirc nang SOLVE

Nhap biéu thic cos(%— 2x)—sin x . Nhan 5| [«|[ALPHA] [CALC|0. Man hinh hién thj

(Ghi chu: viéc bAm [F nhim muc dich luu biéu thirc vao by nhé tam)

Math

4 2-2%] -sinCRIED

Nhén

SHIFT] [CALC 2,7488 5. Man hinh hién thi

COs| 2-4%] ~S1N07k
ﬁ= . E.?EEEEEEDE

Nhan ) ], ta nhan dugc két qua x = %T
Tuwong tu véi 2 nghiém con lai,
Nhén [A]SHIFT] [CALC] 4,8694 [ RcU [) ], ta nhan duoc két qua x = 14?”.

Nhén [A] [A] SHIFT] [CAL( 5,105 5 ) ], ta nhan dwoc két qua x = 5?”

Vay tong cac nghiém cua phuong trinh trén khoang (% ; 27zj 1a ?”T”
Dap an dung la B.
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Bai toan 4. Giai phuong trinh +/3cos? x + 2sin xcosx —~/3sin?x =1 ¢6 hai ho nghiém cé dang

X=a+kz va x=p+kr (keZ) voi —%<a, ,B<%. Khi d6 o+ 8 bing

AL B.Z. c. X D.-~.
6 3 12 12

Céch giai bing MTCT:
Chuyén méy tinh vé& mode rad: [SHIFT| MODE |
Nhan (TABLE). Nhap biéu thirc +/3cos? x + 2sin xcos x —~/3sin? x 1.
Nhén =, Start=-7+2, End=7+2, Step=(7+2+7+2)+20.
Dua vao bang TABLE, ta nhan thay
e Phuong trinh f(x)=0 cé mot nghiém thudc (-0,314 ; —0,157).
e Phuong trinh f(x)=0 cé mot nghiém x = 0,7853.
Dung chirc nang SOLVE

R
- i Z_ =
Nhap biéu thie +/3¢cos? X + 2sin xcos X —+/3sin? x —1. 4 EEIHE}:‘J l_l]
Nhén E|[«||ALPHA] [CALC] 0. Man hinh hién thi

Math &

Nhén [SHIFT] [CALC] -0,314 5 [) . Man hinh hién thi két qua x = —%.
] Math &
A
1
1z

Nhén [A][SHIFT] [CALC 0,7853 5 [) . Man hinh hién thi két qua x = %.

Vay a+ﬁ=—%+%=%. P4p 4n diing 13 A.

Moi thic mic, gop y xin lién hé EMAIL: trananhkhoa.sptoan.k35@gmail.com
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BAI TAP CUNG CO: CHUYEN PE SU DUNG MAY TINH CAM TAY
GIAlI TOAN TRAC NGHIEM LUQNG GIAC

Ho, ten hoCc Sinh: .. ..o, Lép:

Cau 1. Goi M la gia tri 16n nhat va m 1a gia tri nho nhat caa ham sb y =4—3cosx Voi

X€|:—3—ﬂ- : %}.Khidé M +m bing

4
A. 8. B.4+ﬂ. C. 5+ﬂ. D.5+ﬂ.
2 2
] A , o ‘ . L, N2-1 w
Céu 2. Tinh tong T cac nghiém cta phuong trinh J3sinxcosx —sin? x = 5 trén khoang
(1 X 27[) .
2
AT=1% B.T = 2% c.1-7 D.T=3%
3 8 4 4

BAI TAP CUNG CO: CHUYEN DPE SU DUNG MAY TINH CAM TAY
GIAlI TOAN TRAC NGHIEM LUQNG GIAC

Ho, tenhoCc Sinh: ... Lép:

Cau 1. Goi M la gia tri 16n nhat va m la gia tri nho nhat cia ham sé y =4—3cosxVéi

X€|:—3—ﬂ- ; %}.Khidé M +m béng

4
A. 8. B.4+ﬂ. C. 5+ﬂ. D.5+ﬂ.
2 2 2
. o , o ‘ . L, A2-1 7
Céu 2. Tinh tong T cac nghiém cta phuong trinh J3sinxcos x —sin? x = 5 trén khoang

s2)

A.T:%”. B.T = 2% c.T=-*7 D.T =7



Lot giai tw luan.

A . 3r .« Su dung 2 .
Caul. Vi X€|:—T , E:l W)COSXE{—7 , 1:|
Taco —%scosx£1<:>¥2—3cosx2—3<:>¥+424—3cosx21.
N2 32

Dodo M :T+4, m=1=M +m:5+7.

Dap an dung la C.

Céau 2. Phuong trinh J3sin xcosx—sinzx:$<:>cos(Zx—%):%
2X—%:%+k27z X:7—”+k7z
= = (keZ)
ox-ZF =% ikon x=" 4 kr
3 4 24
vi|Z : 27 | nén x=3—1ﬂ,x=25—” = T=7—7[.
24 24 3
Dap an dung 1a A.
Lot giai tw luan.
Caul. Vi X€|:—37ﬂ- : %} %COSXG{—% : 1}.
Taco —723cosx£1<:>¥z—?>cosx2—3<:>¥+424—3cosx21.
Do do M :¥+4, m=1=M +m:5+¥.
Dap an dung la C.
Cau 2. Phuong trinh J3sin xcosx—sin2x=%<:>cos(ZX—%j:%
2x—£:%+k27z x:7—ﬂ+k7z
& 3 & 24 (keZ)
2X—£:——+k27z X:l+k7r
3 24
Vi[Z oz nen x2S 42257 ¢ I7
2 24 24 3

Dap an dung 1a A.
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