Phat trién dé tham khéo 2020

DE THAM KHAO VA CAC BAI TOAN PHAT TRIEN THEO CHU BE 2020

%& Phan 1. Miic d6 nhan biét- théng hiéu

Tu trang 1 dén trang 68

Cau 1. Tt mot nhom hoc sinh gom 6 nam va 8 nit, c6 bao nhiéu cach chon ra mot hoc sinh?
A. 14. B. 48. C. 6. D. 8.

Loi giai

Thc gid : Le Nguyén Trong Hiéu; Fb : Lé Nguyén Trong Hiéu

S6 cach chon 1 hoc sinh tt 14 hoc sinh 1a 14

Chon dap an @ OJ
BAI TAP TUGNG TU VA PHAT TRIEN

1.1 (Té 1). Lép 11A ¢6 20 hoc sinh nam va 25 hoc sinh nit. C6 bao nhiéu cach chon mot doi song

ca gom 1 nam va 1 ni?

A. 45. B. CZ. C. A% D. 500.

1.2 (T10). Tu mot bé hoa hong gom 3 bong hong trang, 5 bong hong d6 va 6 bong hong vang, c6
bao nhiéu cach chon ra mot bong hong?
A. 90. B. 8. C. 11. D. 14.

1.3 (T11). Tu mot nhém hoc sinh gom 5 nam va 6 nit, c6 bao nhiéu cach chon ra mot doi song ca
gdm mot nam va mot nit?

A 11. B. 6. C. 5. D. 30.

1.4 (T18). Mot t6 c6 12 hoc sinh. S6 cach chon ra 2 hoc sinh tit t6 d6 dé gitt hai chitc vu t6 trudng
va t0 pho la:

A. C, B. A2, C. Po. D. 122,
1.5 (T13). Trong mot hop chita bay qua cau dé duge danh s6 tir 1 dén 7 va hai qua cau vang dugc
danh s6 8, 9. Hoi ¢6 bao nhiéu cach chon mot trong cac qua cau ay?

A. 9. B. 14. C. 2. D. 5.

1.6 (T16). Cho tap hgp M c6 30 phan tit. S6 tap con gom 5 phan tit ctia M 1a
A. AL, B. 30°. C. 30°. D. C5,.

1.7 (T17). Tu mot nhéom hoc sinh gom 8 nam va 12 nit. Hoi ¢6 bao nhiéu cach chon ra 2 hoc sinh
bat ki?
A. 190. B. 20. C. 96. D. 380.

1.8 (T2). Tt mot nhém gom 5 hoc sinh nam va 7 hoc sinh ni, ¢6 bao nhiéu cach lap ra mot nhom
gom hai hoc sinh ¢6 ci nam va nit?

A. 35. B. 70. C. 12. D. 20.

1.9 (T22). Mot t6 ¢6 6 hoc sinh nam va 9 hoc sinh nit. H6i ¢6 bao nhiéu céch chon 1 hoc sinh nam
va 1 hoc sinh nit di lao dong?
A Ci+ Cé. B. C’éCll5. C. C’Gl + 0115. D. C; - Cg}.
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1.10 (T24). Mot 16p hoc c6 40 hoc sinh gom 15 nam va 25 nit. Gido vién can chon 3 hoc sinh tham
gia lao dong. Héi c6 bao nhiéu cach chon khac nhau?
A 9880. B. 59280. C. 2300. D. 455.

1.11 (T6 4). Ban Long c6 5 40 mau khac nhau va 4 quan kiéu khac nhau. Héi Long c6 bao nhiéu
cach chon mot bo gom mot 4o va mot quan?
A 9. B. 5. C. 4 D. 20.

1.12 (Té 8). Tt mot nhom hoc sinh gom 7 nam va 9 nit, ¢c6 bao nhiéu cach chon ra hai hoc sinh
trong d6 ¢6 mot hoc sinh nam va mot hoc sinh ni?

A. 63. B. 16. C. 9. D. 7

1. D|[2. D|[3. D||4. B][5. All6. D]|7. A]|8. A]l9. D]|[10. A][11. D][12. A|

Cau 2. Cho cap s6 nhan (u,) véi u; = 2 va uy = 6. Cong boi clia cap s6 nhan da cho bang

A. 3. B. —4. C. 4. D. é

L&i giai

Tac gia : Lé Nguyén Trong Hiéu; Fb : Lé Nguyén Trong Hiéu

Ap dung cong thric: Upi1 = Up.q.
6
Ta co: u2:u1.q:>q:%:—:3
Uy 2
Chon dap an @ O

BAI TAP TUGNG TU VA PHAT TRIEN
2.1 (T1). Cho cap s6 cong (u,) c¢6 s6 hang dau u; = 2, cong sai d = 3 . S6 hang thi 5 cta (u,)

bang
A. 14. B. 10. C. 162. D. 30.
2.2 (T10). Cho cap s6 nhan (u,) véi us = 2 va uy = 18. Cong boi ctia cap sé nhan da cho bang
1
A. +3. B. 9. C. 16. D. 9
2.3 (T11). Cho cap s6 cong (u,) v6i uy = —2 va uz = 4. Cong sai clia cap s6 cong da cho bang
A. 6. B. 3. C. 2. D. —2.
2.4. Cho cap s6 cong (u,) voi uy = 3 vd ujg = 21 . Tinh gia tri uy.
A. 9. B. 3. C. 18 D. 10.
. 2 1 s
2.5 (T13). Cho cap s6 nhan (u,) v6i u; = 3, cong boi g = ~3 S6 hang usz bang
A. § B. —§. C. 2. D. §
2 8 4
2.6 (T16). Cho cap sb6 nhan (u,) , biét u; =1 ; uy = 64 . Tinh cong boi ¢ clia cap sb nhan.
A. qg=21. B. ¢ = 44. C. qg=4. D. ¢ =2V2.
2.7 (T17). Cho mot cap s6 nhan (u,) v6i uz = 8 vd uz = 32. Cong boi ctia cap s6 nhan da cho
bang
1
A. 24. B. —4. C. 4. D. T
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2.8 (T18). Cho cap s6 nhan(u,) v6i u; = 2 va ug = 256. Cong boi clia cap so6 nhan da cho bing

1
A. 4. B. 6. C. 2 D. T
2.9 (T2). Cho cap s6 nhan (u,) véi u; = 3 vauz = 12 . Cong boi ¢ ctia cap s6 nhan da cho bang
A. q=4. B. ¢g=-2. C. qg=2 D. ¢ = £2.

L g 1 . 2
2.10 (T22). Cho mot cap s6 cong (u,) véi u; = 3 Us = 26. Cong sai d ctia cap so0 cong da cho

bang
11 3 10 3
A d=—. B. d=—. C. d=—. D. d=—.
3 11 3 10
2.11 (T24). Cho cap sb cong (u,) c6 u; = —2 va cong sai d = 3. S6 hang tong quat u, ctia cap so
cong la
A u,=3n—2. B. u, =3n—5. C. u,=—-2n+ 3. D. u,=-3n+2.
2.12 ('T4). Cho cac s6 1;3; x theo thit tu lap thanh mot cap s6 cong. Tim x .
A 1. B. 3. C. 5. D. 9.
. 2 1 . s
2.13 (T8). Cho cap so nhan (u,)v6i u; = —2va uy = 5 Cong boi ctia cap s6 nhan da cho bang
1 1
A ——. B. —. C. 12. D. —12.
12 12

1. Al[2. Al[3. B|[4. Al[5. D]l6. C][7. c]|[8. C][9. D]|[10. A][11. B][12. C][13. A]

Cau 3.
Cho hinh chépS.ABCD c6 déy la hinh vuong canh av/3 , SA
vuong géc véi mit phing day va SA = av/2 (minh hoa nhu hinh
vé). Géc gitta dusng thang SC va mit phang (ABCD) bang

A. 45°. B. 30°. C. 60°. D. 90°.

Lai gidi

Tac gia: Nghiém Phuong ; Fb: nghiém Phuong

SA 1L (ABCD) ) )
Ta c¢6 = A 1a hinh chiéu vuéng géc ctia S trén (ABCD). Suy ra AC' la hinh chiéu

A€ (ABCD)
vuong géc cua SC trén (ABCD).

—

Khi do, (SC, (ABCD)) = (SC, AC) = SCA.
Xét tam giac SAC vuong tai A, tan SCA = flC’ = a\c/l%/__\/ﬁ =
Chon dap an O

BAI TAP TUGNG TU VA PHAT TRIEN

— SCA = 30°

Sl
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3.1 (T1).

Cho hinh chép S.ABCD c6 day 1a hinh hinh thoi tam O, AABD deu
3av/2
2

canh a\/i, SA vuong goc v6i mat phang day va SA = (minh
hoa nhu hinh bén).
Goc gifta duong thang SO va mat phang (ABCD) bing

A. 45°. B. 30°. C. 60°. D. 90°.

3.2. Cho hinh ch6pS.ABCD c6 day la hinh vuong canh a , SA = a , hinh chiéu ctia S lén mat
phang day 1a trung diém I ctia AB . Goc gitta duong thang SC va mat phang (ABCD) la:
A. 45° . B. 30°. C. 60° . D. 90° .

3.3 (T11).

Cho hinh chép S.ABCD c6 déay la hinh chit nhat ¢c6 AB = a, BC =
av2 , SA vuong géc véi mat phing day va SA = 3a. Goc gitta dudng
théng SC va mat phang (ABCD) bing

A. 45°. B. 30°. C. 60°. D. 90°.
3.4 (T12).
Cho hinh chép S.ABC ¢6 SA vuong géc v6i mat phang (ABC) , SA = S

2a, tam gidac ABC vuodng can tai B va AB = V2a (minh hoa nhu hinh
vé ben). Goc giita duong thang SC va mat phiang (ABC) bing
A. 60°. B. 45°. C. 30°. D. 90°.

3.5 (T13).
Cho hinh chép S.ABCD ¢6 day la hinh vuong canh a , SA = av/3 ,
duong thang SA vuodng goc véi mat phang (ABCD). Tinh goc giita
duong thang SB va mit phang (ABCD) la

A. 30°. B. 45°. C. 60°. D. 90° .

3.6 (T16).
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Cho hinh ch6épS.ABCD c¢6 déay 1a hinh chit nhat c6 canh 1a a va a3
, SA vudong géc véi mat phang ddy va SA = 2a (minh hoa nhu hinh
vé). Goc gitta duong thang SC va mat phang (ABCD) bing

A. 45°. B. 30°. C. 60°. D. 90°.

3.7 (T17).
Cho hinh chép S.ABCD c6 day la hinh vuong, canh BD = /6a, SA
vuong goc véi mat phang day va SA = 3a (minh hoa nhu hinh bén).
Goc gitta dudng thang SB va mit phang (ABC D) bing

A. 45°. B. 30°. C. 60°. D. 90°.

3.8 (T18).
Cho hinh ch6pS.ABC' c6 day 1a tam gidc déu canh a, SA vuong goc véi

S
mat phing day v SA = 3—; (minh hoa nhu hinh vé&). MIa trung diém
ctia BC, goc gitta duong thang SM va miat phang (ABC) biang
A. 45°. B. 30°. C. 60°. D. 90°.
A B
M
C

3.9 (T2). Cho hinh chép S.ABC ¢6 SA L (ABC) va day la tam gidc vuong tai B, AC = 2a,
BC = a,SB = 2a. Tinh goc giita SAva mat phang (SBC).
A. 45° . B. 60°. C. 30°. D. 90°.

3.10. Cho hinh chép S.ABC c6 SA vuong géc véi mit phing day (ABC), SA = av/3. Tam gic
ABC vuong can tai A c6 BC = ay/2. Géc giita duong thing SC vh mit phing (ABC) bing:

A. 45°. B. 30°. C. 60°. D. 90°.
3.11.
Cho khéi chép S.ABCD c6 day ABCD la hinh vuong. Biét SA L
B
(ABCD) va 5B = 5¢ = a. Tinh gia tri tan cta goc gitta duong
V2 V3
thing SC va ABCD bing
1 1
A V2. B. —. C. —. D. V3.
V2 V3
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3.12 (T8).
Cho hinh chép tt gide deu S.ABCD c6 tat ca cac canh bang a. Goi
M 1la diém trén doan SD sao cho SM = 2MD, ala géc gitta dudng
thing BM va mit phang (ABCD). Khi d6 tan o bang

N V3

AL B. L. c. X2 D. L
3 5 3 3

1. C|[2. Al[3. c¢]|[4. B]|5. Cll6. All7. C]|[8. C]l9. B][10.C]|11

Cau 4. Cho ham s6 y = f (x) c6 bang bién thién nhu sau

43 —00 -1 0 1 +00
y + 0 = 0 + 0 =

y OO/Q\I/Q\OO

Ham s6 da cho dong bién trén khodng nao dudi day?
A. (1; 400). B. (-1;0). C. (-1;1). D. (0; 1).

L&i giai

Tac gid : Le Nguyén Trong Hiéu; Fb : Lé Nguyén Trong Hiéu

Dua vao bang bién thién ta thay: Ham s6 da cho dong bién trén cac khoang (—oo; —1) va (0; 1)

Chon dap an @ O
BAI TAP TUGNG TU VA PHAT TRIEN

4.1 (T1). Cho ham s6 f (z) ¢6 bang bién thién nhu sau:

T —00 —1 1 +00

f(z) + 0 - 0 +
4 +00
—00 0

Ham s6 nghich bién trén khodng nao dudi day?
A. (0;4). B. (—o0;—1). C. (—1;1). D. (0;2).

4.2. Cho ham s6 y = f (x) c6 bang bién thién sau:
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T | —oo —1 0 1 +o0
Y + 0 - - 0 +
2 “+00 +00
—00 —00 4

Ham s6 da cho nghich bién trén khoang nao duéi day?
A (—1;1). B. (4;+00). C. (—00;2). D. (0; 1).

4.3 (T11). Cho ham s6 f(z) ¢6 bang bién thién nhu sau:

5) +00
f(z) ) ////// \\\\\\\ 3 //////

Ham s6 da cho nghich bién trén khoang nao duéi day?
A. (3;5). B. (0;+00). C. (—o00;2). D. (0;2).

4.4 (T12). Cho ham s6 y = f (z) c¢6 bang xét dau dao ham nhu hinh bén dudi. Ménh dé nao sau
day dung?

Y + 0 - - 0 +

A. Ham s6 nghich bién trén khoang (—1;2). B. Ham s6 dong bién trén khoang (—2; —1).
C. Ham s6 dong bién trén khoang (—1;0). D. Ham s6 nghich bién trén khoang (1;3).

4.5 (T13). Ham s6 nao sau day dong bién trén R?

1 -3
A y=2"-2224+3. B.y=az+1+—-. C.y:x . D y=a23+2+1
x 2v +1
4.6 (T16). Cho ham s6 f(z) c6 bang bién thién nhu sau:
r | =00 0 2 +0o0
f(z) + 0 - 0 +

1 +o0
o] N e

Ham s6 da cho nghich bién trén khoang nao duéi day?
A. (2;400). B. (-3;1). C. (—o0;1). D. (0;2).

4.7 (T17). Cho ham s6 y = f (z) ¢6 bang bién thién nhu sau
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T —00 1 2 +oo

f'(x) + 0 - 0 +

3 +00
f(z) ) / \0/

Menh dé nao sau day sai?
A. Ham s6 da cho dong bién trén khoang (2; +00).
B. Ham s6 da cho dong bién trén khoang (3; +00).
C. Ham s6 da cho nghich bién tren khoang (0; 3).
D. Ham s6 da cho dong bién trén khoang (—oo;1).

4.8 (T18). Cho ham s6 y = f (x) ¢6 do thi nhu hinh vé dudi day

x
Khang dinh nao sau day ding?
A. Hams6 dong bién trén khoang(—1;1). B. Ham s6 nghich bién trén khoang(—1; 3).
C. Ham s6 dong bién trén khoang(3; +00). D. Ham s6 dong bién trén khoang(—oo;0).
4.9. Cho ham s6 y = f (z) ¢6 bang bién thien nhu sau:
T |—00 -3 -2 -1 +00
Y + 0 - - 0 +
0 +00 +00
—00 —00 2
Ham s6 da cho nghich bién trén khodng nao dudi day?
A. (=3;-1). B. (—0o0;0).
C. (—2;-1). D. (-3;-2) U (-2;-1).
4.10 (T22). Ham s6 nao sau day nghich bién trén toan truc s6?
A y=a%— 322 B. y=—2%+32? -3z +2.
C.y=—-a2+3z+1. D. y= a3

4.11 (T24). Cho ham s6 y = f (x) c6 bang bién thién nhu sau :
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T | —00 -3 -2 —1 +o0
Y + 0 - - 0 +
0 +00 +o0
—00 —00 0

Ham s6 da cho nghich bién trén khoang nao duéi day ?
A. (—o0; =3). B. (-3; -2). C. (-3; -1). D. (—1; +00).

4.12. (T6 4) Cho ham s6 f (z) ¢6 bang bién thién nhu sau:

T | —00 —1 0 1 +00
Y + o0 —-— 0 + 0 -

yoo/Q\l/Q\oo

Ham s6 da cho nghich bién trén khodng nao dudi day?
A. (1;+00). B. (—o0; 0). C. (—1;1). D. (0;1).

4.13 (T8). Cho ham s6 y = f (x) ¢6 bang bién thién nhu sau

T | —00 —2 0 2 +00
Y -0 + 0 - +
+00o g +00
0 0
Ham s6 da cho nghich bién trén khodng nao dudi day?
A. (—o0;0). B. (-1;0). C. (—2;2). D. (0;2).

1. ¢|[2. D|[3. D|[4. B||5. D]|6. D||7. C|[8. C|[9. C]|10.B]|11. B]|12. A][13. D]

Cau 5. Cho ham s6 y = f (x) c6 bang bién thién nhu sau:

43 —00 0 3 +0o0o
Y + 0 - 0 +
2 +0o0
—00 —4

Gia tri cuc tiéu ctia ham s6 da cho bing
A. 2. B. 3. C. 0. D. —4.

L&i giai
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Tac gia: Hang Tién Tho ; Fb: Hang Tién Tho

Dua vao bang bién thién ta thay gia tri cuc tiéu ciia ham s6 da cho la y = —4 tai @ = 3
Chon dép an (D) O
BAI TAP TUONG TU VA PHAT TRIEN
5.1 (T1). Cho ham 86 y = f () c6 bang bién thién nhu sau :
r | —00 -1 0 1 400
Y -0 + 0 - 0 -+
+o0 3 +00
—4 —4
Khéng dinh nao sau day ding
A. Ham sb dat cuc tiéu tai z = —4.
B. Diém cuc dai ctia do thi ham s6 1a z = 0.
C. Gia tri cuc tiéu ctia ham s6 bang 1.
D. Diém cyc dai ctia dd thi ham s6 14 A (0 ; —3).
5.2 (T10). Cho ham s6 y = f (x) ¢6 bang bién thien nhu sau
T —00 0 3 +00
f'(x) + 0 — 0 +
2 +o00
f(z) / \ /
—00 —4
Do thi ham s6 y = f (z) ¢6 diém cyc tiéu la.
A. (0;2). B. zor = 3. C. yor = -4 D. (3;—4).
5.3 (T11). Cho ham sb6 y = f(x) c6 bang bién thién nhu sau:
T —00 0 3 +00
f(x) + 0 - 0 +
2 400
f(z) / \ /
—00 —4
Gia tri cyc dai ctia ham s6 da cho bang
A. 2. B. 3. C. 0. D. 4
5.4. Cho ham s6 y = f(x) c6 bang bién thién nhu hinh beén.
T |—o0 —1 0 1 +00
Y — 0 + 0 — 0 +
+o0 3 +00
—4 —4
= STRONG TEAM TOAN VD-VDC
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Diém cyc dai ctia dd thi ham s6 y = f(x) la

A z=0. B. (—1;-4). C. (0;-3). D. (1;-4)
5.5. Cho ham s6 y = f (z) ¢6 bang bién thien nhu sau:
T | —00 -1 1 +00
Y - 0 + -
+0o0 10
3 —00
Gia tri2cu’c dai ctia ham s6 1a "
A - B. 1. C. —. D. —1.
3 3
5.6 (T16). Cho ham sb f(x) c6 bang bién thién nhu sau:
T | —00 -2 2 +00
y' + 0 - 0 +
+00

Tim gié tri cuc dai yc va gia tri cuc tiéu yor ctia ham sé da cho.

A yc =3, yor = —2.
5.7 (T17). Cho ham sb6 y = f(x)

B. yc =2, yor =0.

C. yc= -2, yor = 2.

c6 bang bién thién nhu sau:

T —00 -1 1 +o00
1 (x) + 0 - 0 +
4 +00
w7 \ e
—00 0
Gi4 tri cyc dai ctia ham s6 da cho bang
A. 2. B. 3. C. 0.
5.8 (T18). Cho ham s6 y = f (z) ¢6 bang bién thién nhu sau:
T —00 0 3 400
1 (z) + 0 - 0 +
2 +00
wl TNl
—00 —4
Diém cuc dai ctia ham s6 da cho bing
B. 3. C. —4.

A. 0.

D. Yc = 3, Yo1T = 0..

D.

D. 2.
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5.9 (T2). Cho ham s6 y = 2* — 22 + 1. Ménh dé nao dudi day ding?

A. Ham s6 c¢6 1 diem cuc dai va 2 diem cuc tieu.

B. Ham s6 ¢6 1 diém cuc tri.

C. Ham s6 ¢6 2 diém cuc tri.

D. Ham sb ¢6 2 diem cuc dai va 1 diem cuc tieu.

5.10 (T22). Cho ham s6 y = f (x) ¢6 bang bién thién nhu sau:

D. —101.

T —00 2 3 +00
['(=) 0 - 0 +
24 +00
il N
—00 —101
Gia tri cyc tiéu ctia ham s6 da cho bang
A -2 B. 3. C. 24.
5.11. Cho ham s6 y = f (z) c6 bang bién thién nhu sau:
T | —00 2 4 +00
y 0 — 0 +
17 +o00
—00 —15
Khang dinh nao sau day la sai ?
A. Ham s6 y = f (z) dat cuc tri tai = —2.
B. Gi4 tri cyc tiéu ctia ham s6 y = f (z) 1a —15.
C. Diém cyc dai ctia dd thi ham s6 y = f (z) 1a M (=2;17).
D. Diém cyc tiéu ctia dd thi ham s6 y = f (z) lh v = 2.
5.12. (T 4) Cho ham s6 y = f (z) c6 bang bién thién nhu sau:
T | —00 —2 2 +o0
Y + 0 - 0 +
3 400
—00 0
Gia tri cyc dai ctia ham s6 da cho bang
A. 2. B. 2. C. 3. D.

5.13 (T8). Cho ham s6 y = f (x) c6 bang bién thién nhu sau:
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y 00/3\2/+00

Khoang céch giita hai diém cuc tri ctia do thi ham s6 y = f (z) 1a
A. 29. B. V5. C. v29. D. 5.

1. D|[2. D|[3. Al[4. C||5. C][6. D||7. D|[8. A|l9. A]|10.D]||11. D]|12. C][13. C]

Cau 6. Cho ham s6 f (z), bang xét dau ctia f’ (x) nhu sau:

x —00 —1 0 1 +o0
f’(ac) + 0 = 0 = 0 aly

S6 diém cuc tri ctia ham sb6 da cho 1a
A. 0. B. 2. C. 1. D. 3.

L&i giai

Tac gia: Nghiém Phuong ; Fb: nghiém Phuong

Duta vao bang xét dau f/ (x) ta thay ham s6 dat cuc dai tai diém z = —1 va dat cyc tiéu tai diém

x = 1. Vay ham s6 c6 hai diém cuc tri.

Chon dap an O
BAI TAP TUGNG TU VA PHAT TRIEN

6.1 (T1). Cho ham s6 y = f (), bang xét dau ctia f’(x) nhu sau

x —00 —1 0 1 +o0
f’(x) — 0 + 0 — 0 +

S6 diém cuc tiéu ctia ham sb da cho 1a
A. 0. B. 2. C. 1. D. 3.

6.2. Cho ham sb f (z) ¢6 bang bién thien nhu sau:

r | —00 2 0 1 2 +00
f'(x) — 0 - 0 +

- 0+ |
(x) -

Chon dap an dung:

A. Ham sb dat cuc dai tai x =1 . B. Ham s6 c6 4 cuc tri.

C. Ham s6 c6 gia tri cuc tiéu bang 2 . D. Ham s6 c6 gia tri nhoé nhat bang —2 .
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6.3 (T11). Cho ham s6 f (x), bang xét dau ctia f'(x) nhu sau:

fx{ - 0 4+ 0O - 0 — 0 + 0 -

S6 diém cuc tri ctia ham s6 1
A. 4. B. 3. C. 1. D. 2.

6.4 (T12). Cho ham s6 f(z) , bang xét dau ctia f'(x) nhu sau:

T —00 -2 1 2 3 +o00
f'(x) + 0 — 0 + 0 + 0 —

S6 diém cuc dai ctia ham sé da cho 1a
A. 0. B. 2. C. 1. D. 3.

6.5 (T13). Cho ham s6 y = f (), bang xét dau f’ (z) nhu sau:

T —00 -2 0 2 +00
f'(x) — 0 + 0 + 0 —

S6 diém cuc tri cia ham s6 da cho 1a
A. 0. B. 2. C. 1. D. 3.

6.6 (T16). Cho ham s6 f (x), bang xét dau ctia f’ (x) nhu sau:

T —00 —1 0 1 +00
f’(x) + 0 — 0 — 0 +

S6 diém cuc tiéu ciia ham sb da cho 1a
A. 0. B. 2. C. 1. D. 3.

6.7 (T17). Cho ham s6 f (x), bang xét dau ctia f’ (x) nhu sau:

T —00 -3 1 4 +o0
f'(x) + 0 — 0 + 0 -

S6 diém cuc tiéu ctia ham s6 da cho 1a
A. 0. B. 1. C. 3. D. 2.

6.8 (T18). Cho ham s y = f (z) xac dinh va lién tuc trén R | bang xét dau cta f’ (z) nhu sau:

r | =00 0 1 2 +00
f(x) - |+ o - 0 4+

S6 diém cuec tri cia ham s6 da cho 1a

A. 0. B. 1. 2. D. 3.

C.
6.9 (T2). Cho ham s6 f (z)c6 f' (z) = 2 (x — 1) (z 4 2)°. S6 diém cuc tri ciia ham s6 da cho 1a
A 4 B. 1. C. 3. D. 2.
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6.10. Diém cuc tieu ctia do thi ham s6 y = 2° — 322 — 92 + 7 ¢6 toa do la:

A. (~1;3). B. (—20;12). C. (~1;12). D. (3;-20).
6.11 (T24). V6i gid tri thuc nao clia tham s6 mthi ham s6 y = (m — 3) 2° 4+ 2v/32% + mx — 5 ¢6
hai diém cuc tri?

A.me (—1;4). B. m € (—o0; —1) U (4; +00).

C. me (—1;4)\ {3} D. m € (—oo0; —1) U (4; +00) U {3}.

6.12. Cho ham s6 y = f (x) lién tuc trén R va ¢6 bang xét dau ctia dao ham nhu hinh vé. Ham s

da cho ¢6 nhiéu diém cuc tri?

T | —oo -1 0 2 4 400
f@  + o - | + 0o - o0 +

A. 3. B. 2. C. 1 D. 4.
6.13 (T8). Cho ham s6 f (x), bang xét dau ctia f’ (x) nhu sau:

T —00 -3 -2 —1 +o0
f(x) + 0 — 0 + 0 +

S6 diém cuc tri cia ham s6 da cho 1a
A. 3. B. 2. C. 0. D. 1.

1. B]|2. D|[3. All4. B||5. Bl]l6. C||7. B|[8. D|[9. D][10.D]|[11. C][12. D][13. A]

Cadu 7. Gia tri 16n nhat ctia ham s6 f (z) = —z* + 122% 4+ 1 trén doan [—1;2] béng
A 1 B. 37. C. 33. D. 12

Loi giai

Tac gia: Nghiém Phuong ; Fb: nghiém Phuong
Ta c6

& f(x) = —42® + 24x.

r=0¢[-1;2]
& fa)=0e 42®+24r =0 |2=6¢[-1;2
r=—-V6¢[-1;2
& f(-1)=12, f(2) =33, f(0) = 1.
Vay gﬁﬁf(ﬂ?):f(?):%
Chondépén@ O

BAI TAP TUGNG TU VA PHAT TRIEN
7.1 (T1). Gia tri nhé nhét ctia ham s6 f () = 2% — 102? + 1 trén doan [—3;2] bing
A 1. B. —-23. C. —24. D. -8.
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7.2. Gi4 tri nho nhat cia ham s6 f () = 2® — 3x + 5 trén doan [0;2] bang:
A. 5. B. 7. C. 3. D. 0.

7.3 (T11). Goi M va m lan lugt la gia tri 16n nhat va gia tri nhé nhét ctia ham s6 y = 2% — 32 + 2
trén doan [0;2] . Khi d6 tong M + m bang.

A 4 B. 16. C. 2. D. 6.
. . 2019 .
7.4 (T12). Gia tri I6n nhat cia ham so f (z) = L2020 trén doan [1;3] bang
T —
202 2022 2022 202
2 B 222 c. 222 P
2019 2017 2017 2019

3
7.5 (T13). Goi a,b lan lugt 1a gid tri 16n nhat va gid tri nhoé nhat clia ham s6 y = % + 222+ 3z —4.

Trén doan [—4;0]. Tinh S = a + b.

28 4 4
A S=——. B. S=-10. C. §5=—-. D. §=-.
3 3 3
7.6 (T16). Gi4 tri 16n nhat ctia ham s6 y = 23 — 3z + 1 trén [—2; 0] 1a
A. 3. B. 1. C. -1 D. 2.

7.7 (T17). Gi4 tri nhé nhat cia ham s6 f (z) = 2® — 32? — 9z + 28 trén doan [0; 4] bang
A1 B. 37. C. 33. D. 12.

. . 3
7.8 (T18). Gia tri 16n nhat ctia ham s6 y = ’ 3 tren [0; 2] la:

1 1
A - B. —5. C. 5. D —.
3 3
7.9 (T2). Gia tri 16n nhat ctia ham s6 y = v/ —22 + 3z + 4 1a bao nhieu ?
2
A.§. B. -. C.§. D. 0.
2 5) 2
7.10. Gia tri 16n nhat ctia ham s6 f(x) = z + cos? x trén doan [0, ﬂ bang
m 1 T m ™ 3
A1 B. —+-. C. —+—. D —+-.
4 * 2 4 * 6 2 * 4
7.11. Gi4 tri 16n nhat ctia ham s6 f () = ' — 62% + 3 trén doan [1;2] bing
A. —5. B. 3. C. -2 D. —6.

7.12 ('T8). Gi4 tri 16n nhat ctia ham s6 f(z) = z* + 2? — 2 trén doan [—1;2] béing
A. 18 B. 0. C. -2. D. 20.

1. C|[2. ¢][3. All4. D||5. All6. All7. A|[8. A]l9. A][10. B][11. C][12. A]

5x2 —4x — 1

Cadu 8. Tong s6 duong tiem can ding va tiem can ngang ctia do thi ham sé y = —
x —

la
A. 0. B. 1. C. 2 D. 3.

Lai giai

Tac gia: Leé Thé Nguyeén ; Fb: Lé Thé Nguyén
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Tap xac dinh: D =R\ {—1;1}.
S0 —dx—1 (z—1)(bz+1) bSx+1

Ta co: y =

22—1  (z-D(x+1)  z+1°
Suy ra:
5 1
lim y= lim vl )
T—+ 00 z—+oo x4+ 1
5 1
lim y= lim vl )
T—— 00 z——oc0 T+ 1
) or +1
lim y= lim = —0
z——1+ z——1t T+ 1
. ) or + 1
lim y= lim = +00
r——1— z——1— T + 1
Vay do thi ham s6 c¢6 1 tiém can ding 1a x = —1 va 1 tiém can ngang la y = 5
Chon dap an @ OJ

BAI TAP TUGNG TU VA PHAT TRIEN
8.1 (T1). Goi k va [ lan lugt 1a s6 duong tiém can ngang va s6 duong tiem can ding ctia do thi

VI-w

ham s6 y = Khang dinh nao sau day ding?
(z—1)a
A k=0l=2. B. k=11=2. C. k=1l=1 D k=0;1=1
2 PPN ~ p N P X RN Z -1'2 —3x + 2 N
8.2. Tong so tiém can ding va ngang ctia do thi ham s6 y = W la
l’ —
A. 1 B. 2. C. 3. D. 4.
2 £ N on ~ . A N N N AN 2 2x2 — 3z + 1
8.3 (T11). Tong so dudng tiém can ding va tiém can ngang ctia do thi ham s6 y = —
x?—x
la
A. 3. B. 1. C. 0. D. 2.
2 Z . 4 ~ PN ~ 2 X . IS A :E2 - 4 N
8.4. Tong so tiém can ding va tiém can ngang cua do thi ham s6 y = 5 la
l‘ —
A. 1 B. 0. C. 2 D. 3
2 £ N ca ~ . NP ~ 3 X PEETEN £ I2 — 3z + 2
8.5 (T13). Tong s6 duong tiém can ding va tiém can ngang ctia do thi ham s6 y = iz
-z
la
A. 2. B. 1. C. 3. D. 4.
) . . an . —32? + 14z +5
8.6 (T16). Tong s6 duong tiém can ding va tiém can ngang ctia do thi ham s6 y = < 2+ 2; i
'I p—
la
A. 0. B. 1. C. 2. D. 3.
R . Va?—4 L
8.7 (T17). Do thi ham s6 y = 5 $5 n ¢6 tat cd bao nhiéu dudng tiém can ding va tiém can
x? —bx
ngang?
A 3. B. 4. C. 2. D. 1.
N [T P3 xQ - 51‘ + 4 2 “n N ~ P
8.8 (T18). Do thi ham s6 y = —————— ¢6 bao nhiéu tiém can ding?
x3 — 322 4 2x
A. 0. B. 1. C. 2. D. 3.

. . L s ) 202+ 1 —1
8.9 (T2). Tong s6 tiém can ding va tiém can ngang cia do thi ham s6 y = ————1a
]:332 —?t 3x + 2

A. 0. B. 1. C. 2
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£ N ca ~ 2 N N Z .%'2 + 1 N
8.10. SO duong tiém can cia do thi ham s6o y = — la
x
A. 0. B. 2. C. 3. D. 1.
. . ) 2 _8r+15
8.11 (T24). Tong so tiém can ding va tiém can ngang ctia do thi ham s6 y = xgx_ 4$2x++x 6
A. 0. B. 1. C. 2. D. 3.
2 7z b 7z \/ - 1
8.12 (T4). Tong so tiém can ding va tiém can ngang ctia do thi ham sd y = ﬁ la
22+ —
A. 1. B. 2. C. 3. D. 4.
8.13 (T8). Goi n, d lan lugt 1a s6 duong tiém can ngang va s6 dudng tiém can ding ctia do thi
Z \/ 1 - 2
ham s6 y = Vo Khang dinh nao sau day la ding?
(z -1V
A.n=d=1. B.n=0;, d=1. C.n=1,d=2. D. n=0; d=2.

1. Al[2. B][3. D|[4. D||5. All6. C||7. A|[8. C|l9. C]|10.C]|[11. D]|12. B][13. D]

Cau?.
D6 thi ctia ham s6 nao duéi day c6 dang nhu dudng cong trong y
hinh bén?
A y=—z*+ 222 B. y=z*+ 222
C. y =13 - 322 D. y = —2% + 322 ) x

Lai giai

Tac gia: Bui Thi Dung; Fb: Bui Thi Dung

Nhin vao do thi ta thay day khong thé 1a do thi ctia ham sb bac 3 = Loai C, D.
Khi x — 400 thi y -+ —o0 = Loai B.
Vay chon dap an A.

Chon déap an @ O

BAI TAP TUGNG TU VA PHAT TRIEN

9.9 (T1).

D6 thi ctia ham s6 nao dudi day c6 dang nhu duong cong trong hinh Y

duéi day?
A y=2a%>—-22—1. B.y=a%—-2z-1. ~ x
C.y=at+222-1. D. y=—2%+22x—1 \O

9.10.
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D6 thi ham s6 nao dudi day c6 dang nhu duong cong hinh bén du6i?
A y=—at+ 222 B. y=—a*+222 +1. /\
C. y=a"—22° D. y = —2* — 222 z
o)
9.11.
Duong cong bén duéi 1a do thi clia ham s6 ndo dudi day? i”
A y=2x%+32*—4. B. y=1%—32?+4. 9 1 1/ N
C.y=—a°—322—4. D. y=—a2+32? — 4. 0
—4
9.12.
Duong cong 6 hinh duéi 1a do thi ctia mot trong bon ham s6 v !
duéi day. Ham s6 d6 1a ham s6 nao? / i
T — 2 T — 2 2 i
A y= . B. y= . _// !
——————————————— +—--————————----
C.y:x+. D.y=x+. i /
T —2 r—1 I
o 1 2 P
i
[}
[}
|
:
9.13 (T13).
D6 thi ctia ham s6 nao du6i day c6 dang nhu dudng cong trong hinh Y
bén?
A y=2a%—32%2+2. B. y=1*— 222
C.y=—2*+32*-2. D. y = —2* + 222
(0] x
9.14 (T16).
D6 thi ctia ham s6 nao dudi day c6 dang nhu duong cong trong hinh bén? Y
A y=—at+ 222 B. y = 2" — 222
C. y=21%—32° D. y = —a® + 322
O x
9.15 (T17).
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D6 thi ham s6 nao dudi day c¢6 dang nhu duong cong trong hinh duéi Y
day? Duong cong trong hinh duéi 1a do thi cia ham s6 nao sau day?
A y=-22+z2-1. B.y=-2%+3z+1.
C.y=a*—22+1. D.y=-2°-3z+1.
A
9.16 (T18).
D6 thi ctia ham s6 nao dué6i day c6 dang nhu duong cong trong hinh bén? Y
A y=—2*+22% B. y=a2* — 222 \ , /
C. y=2%—32% D. y = —2% + 322 \/|\/ o
9.17.
D6 thi ham s6 ndo dudi day c6 dang nhu dudng cong trong hinh bén Y
duéi?
A y=2a%—32%+2. B. y=—2%+32%+2.
C.y=a%+322+2. D. y=—2%—32% +2.
O x
9.18.
D6 thi ctia ham s6 ndo dudi day c6 dang nhu dudng cong trong Y
hinh bén? .
A.y:§x3—2m+1. B. y=2"—42% + 1.
1
C.y=—at+422+1. D.y:—§x3+2x—|—1.
\/ @] \1’
9.19 (T24).
Duong cong trong hinh bén duéi 1a do thi ctia ham s6 nao trong bon v
ham s6 dudi day? \ 9
—1 0]
A y=2a2%—32%-2. B. y=—2°— 322 — 4. z
C.y=2%—322+4. D.y=—2°+32?—-4.
—4
9.20 (T4).
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D6 thi ctia ham s6 ndo dudi day c6 dang nhut duong cong trong hinh
bén? ’
A y=—2*—222 - 1. B. y=a2'—22%-1. 1
C.y=-2>+3z—1 D.y=2%-3x—1. x
1 [ 2
9.21 (T8).
Do thi ctia ham s6 nao dudi day c6 dang nhu duong cong trong hinh Y
bén? N
A. y:—}lx4+%m2. B. y:}lzﬁ—%x?. Al
C. y=a2a2- 3. D. y = —a3 + 3x.

1. All2. B][3. D|[4. D||5. All6. C||7. A|[8. C]|l9. cC]|10.C]|[11. D]|12. B][13. D]

Cau 10. Cho ham s6 f () ¢6 bang bién thien nhu sau:

T |—o0 2 3 +00
f(x) + 0 — 0 P
1 +00
@) T T~
o0 3

S6 nghiem thyc ctia phuong trinh 3f (z) — 2 = 0 la:
A. 2. B. 0. C. 3. D. 1.

L&i giai

Téc gia: Hoang Thi Mén ; Fb: Hoang Mén

2 £ ;
Tac63f(z) —2=0« f(x)= 3 S0 nghiém clia phuong trinh chinh la s6 hoanh do giao diem cla

do thi ham s6 y = f (z) va duong thang y = ;(song song vé6i truc hoanh). T bang bién thién ta

thay phuong trinh c¢6 3 nghiém thyc phan biét.

Chon dap an @ O
BAI TAP TUGNG TU VA PHAT TRIEN

10.1 (T1). Cho ham s6 bac ba f (x) ¢6 do thi nhu hinh vé. S6 gid tri nguyén ctia tham sb m dé

phuong trinh f (z) + 1 = m ¢6 3 nghiém phan biét 1a
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1o \/ g
_1»77‘

A 4. B. 5. C. 2. D.

10.2. Cho ham s6 y = f (z) ¢6 bang bién thien nhu sau:

T —00 -2 0 2 +00
f’(x) + 0 - 0 + 0 —

@ 00/3\1/3\00

S6 nghiém ctia phuong trinh 4f (z) +3 =0

A. 2. B. 0. C. 4. D.

10.3 (T11). Cho ham sb f (x) ¢6 do thi nhu sau

Y
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S6 nghiém thuc cia phuong trinh f2 (z) — 1 =0 la
A. 2. B. 1. C. 4. D. 3.

10.4 (T12). Cho ham s6 y = f (z) ¢6 bang bién thién nhu sau:

T —00 -1 0 1 +0o0
f'(x) — 0 + 0 — 0 +

+o0 1 +00
f(z) S » / \ . 7

S6 nghiem thuyc clia phuong trinh 2f (z) —3 =10 1
A 1 B. 2. C. 3. D. 4.

10.5. Cho ham s6 f (z) ¢6 bang bién thien nhu sau:

T —00 -2 0 2 +00
f(z) + 0 — 0 + 0 —

. _OO/ 19\ 3/ 19\00

S6 nghiem thuc clia phuong trinh 3f () — 16 =0 la
A. 2. B. 0. C. 4. D. 1.

10.6 (T16). Cho ham s6 y = f (x) ¢6 bang bién thién nhu hinh vé

T |—00 —1 3 +00
Y + 0 - 0 +
4 +00
y / \ /
—00 -2

S6 nghiem ctia phuong trinh 2f (z) —3 =0 la :
A 1. B. 2. C. 3. D 4.

10.7 (T17). Cho ham sb f (x) ¢6 bang bién thién nhu sau:

T —0 -2 2 +0o0

f(x) + 0 - 0 +
3 +00
fo) / \ _
—00 -1

S6 nghiem thuyc clia phuong trinh 2f () +1 =0 la
A. 2. B. 0. C. 3. D. 1.
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10.8 (T18). Cho ham s6 y = f (z) c6 bang bién thién nhu hinh vé sau. Phuong trinh: |f (z)| = 4

¢6 bao nhiéu nghiém?

r | —o0 0 2 +00
Y + 0 — 0 +
4 +00
y / \ /
50 0

A 4. B C. 3. D. 1.

. 2.
10.9 (T2). Cho ham s6 y = f (x) ¢6 do thi nhu hinh vé

S6 nghiém ctia phuong trinh f2 (z) — f (z) = 2 1a
A. 2. B. 3. C. 4. D. 5.

10.10. Cho ham s6 y = f () ¢6 do thi nhu hinh vé.

S6 nghiem thyc phan bigt ctia phuong trinh 3f (Jz]) —2 = 0 1a.
A 2 B. 0. C. 3. D. 1.
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10.11. Cho ham 86 y = f (z) c6 do thi nhu dudng cong hinh dudi. Phuong trinh f (z) = 1 ¢6 bao

nhiéu nghiém?

A. 2. B. 4. C. 1 D. 3.
10.12. Cho ham s6 f (z) c6 bang bién thién nhu sau:

T —00 -2 0 2 +00
f'(x) + 0 — 0 + 0 —

| N TN

S6 nghiem thuc ctia phuong trinh 2f () —2 =0 la
A. 0. B. 2. C. 4. D. 3.

10.13 (T8). Cho ham s6 y = f (x) ¢6 do thi nhu hinh beén dudi

oy
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S6 cac gia tri nguyén ctia mdé phuong trinh f (x) + 2m = 0 c6 4 nghiém phan biét 13

A. 4 B. 2. C. 1

1. D|[2. ¢][3. ¢][4. B||5. Cll6. C||7. C|[8. C|l9. D]|10. A][11. D]|12. C][13. C]

Caull.

nao duédi day dung?
A a>0;d>0. B. a<0;d>0.
C.a>0;d<0. D.a<0;d<0.

Cho ham 86 y = ax® + 3z +d (a, d € R) c6 do thi nhu hinh sau:Ménh dé

Lai giai

Tac gid: Nguyén Van Tuan; Fb: Nguyén Tuan

& Dua vao dang do thi ta thay: a < 0.

™ Véiz =0 tacoy(0)=d<0.

Chon dap an @
BAI TAP TUGNG TU VA PHAT TRIEN
11.1 (T1).
Cho ham s6 y = az* + bx® + ¢, (a, b, c € R) ¢6 do thi nhu hinh vé
dudi day. Ménh dé nao sau day ding?

A . a>0b<0,c>0. B.a>0,0<0,c<0.
C.a>0,0>0,c<0. D.a<0,b6>0,c>0.
11.2.

Cho ham s6 y = az® + bz? + cx + d(a,b,c,d € R) ¢6 do thi nhu hinh
bén. Ménh dé ndo duéi day diung?
A a<0;6>0;¢c>0;d>0. B.a<0;b<0;¢=0;d>0.
C.a>0,b<0;¢>0;d>0. D.a<0;6>0;,¢c=0;d>0.
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11.3 (T11).
Cho ham s6 y = ax® —4x + b (a,b € R)c6 do thi nhu hinh bén. Ménh dé Yy

nao sau day dang ?
A.a>0b<0. B.a<0;b<0. C.a<0;6>0. D.a>0;b>0.

11.4.
Cho ham s6 y = az® + bx? + cx + d c¢6 do thi nhu hinh bén. Khing Y
dinh nao sau day duang?
A.a>0,b<0,c<0,d>0. B.a<0,b<0,c<0,d>0.
C.a>0,0<0,c>0,d>0. D.a>0,b6>0,c<0,d>0.

N

11.5 (T16).
Cho ham 86 y = az® — 3z + d(a,d € R) ¢6 do thi nhu hinh bén. y
Ménh dé nao duéi day dung?
A. . a>0;d>0. B. a <0;d > 0.
C.a>0;d<0. D. a<0;d <0.
O x
11.6 (T17).
Cho ham s6 y = az® + bx? + cx + d c¢6 do thi nhu hinh vé. Ménh dé Y
nao sau day dang?
A . a<0,6>0,¢>0,d>0. B.a>0,0>0,c<0,d>0.
C.a<0,b<0,c<0,d>0. D.a<0,b>0¢c<0, d>0. /\
0 \ z
11.7 (T18).
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Gia st ham s6 y = ax® + bx? + ¢ ¢6 do thi 1a hinh béen dudi. Khang dinh nao Y
sau day la khang dinh ding?
Ala>0,0<0,c=1. B.a>0,0>0,c=1. 1
C.a<0,b>0 c=1. D.a>0 b>0, ¢>0, /\
-1 0 17z
11.8 (T2).
Cho ham s6 y = 2+ bx? +d (b,d € R) ¢6 do thi nhu hinh dudi day. Yy
Menh dé nao dudi day dung?
A.b>0;d>0. B. b>0;d <0.
C. b<0;d>0. D. b <0;d <0.
v \/ )
11.9.
Cho ham s6 f(z) = —a* +b2? +¢, c6 | © |—o0 -1 0 1 +00
bang bién thién nhu hinh vé Khang dinh f(x + 0 — 0 + 0 _

nao sau day la ding 7
A b=2c=-3. fx
B.b=3c=2.

~

C.b=-1,c=-3.
D.b=-2c=-3.

11.10 (T4).
Cho do thi ham s6 y = ax® + bx®> + cx + 1, (a # 0) ¢6 dang nhu g
hinh vé bén duéi. Ménh dé nao sau day dung?
A.a<0,b>0,¢c>0. B.a>0,0<0,¢c>0. 1
C.a<0,b<0,c<0. D.a>0,0>0,c<0.
-1 /0
1
11.11 (T8).
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ar +b

r+1
dusi day Khiang dinh ding trong céc khing dinh

Cho ham s6 y = c6 do thi nhu hinh vé

sau?
A b<0<a. B. 0<a<b. \
C. a<b<. D.O<b<a T D —

1. B|[2. D|[3. D||4. Al|[5. All6. D|[7. A|[8. C]|9. A][10. B][11. B]

Cau 12. V6i a 1a s6 thuc duong tuy ¥, log, (a?) bang
1 1
A. 2+log,a. B. 3 + log, a. C. 2log,a. D. 5 log, a.

Loi giai

Tac gia: Bui Thi Dung; Fb: Bui Thi Dung

Ta c6: log, (a?) = 2log, a

Chon dap an @ OJ
BAI TAP TUGNG TU VA PHAT TRIEN

12.1 (T1). V6i s6 thuc duong a tuy ¥, logs v/a bang

1 1
A. 2+ logsa. B. 3 + logs a. C. 2logsa. D. 3 log; a.
12.2 (T10). Cho hai s6 duong a, b véi a # 1. Khi d6 log,sb bing
1 1
A. 3log, 0. B. 3 log, b. C. —gloga b. D. —3log,b.
12.3. Véi a 1a s6 thuc duong tuy ¥, logs (9a*)bang?
A. 4logsa. B. 9logy a®. C. 2(1 +logsa). D. 6log; a.
12.4 (T12). Véi a va b 1a hai s6 thie duong tiy § va a # 1, log (a\/l_7> bing
1 1
A. 5 + log,, b. B. 2 +log,b. C. 2+ 3 log, b. D. 1+ 2log,b.
12.5 (T13). Véi a la s6 thuc duong tiy ¥, logg (a®) bang
1 1
A. 3 +logga. B. 3 + log, a. C. log,a. D. 3 logg a.
12.6 (T16). Véi a 1a s6 thyc duong tuy ¥, log, (a®) bang
1 1
A. 3 +log,a. B. 3 + log, a. C. 3log,a. D. 3 log, a.
12.7 (T17). Véi a 1a s6 thuc duong tuy ¥, log, (2 - a?) bang
1 1
A. 2 +log,a. B. 3 + log, a. C. 1+ 2log,a. D. §log2 a..
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12.8 (T18). Véi a la s6 thuc duong tity ¥, log, (a*) bing

1
A. 2 +log,a. B. 4+ log,a. C. 4log,a. D. 1 log, a.
12.9 (T2). V6i a la sb thyc duong tuy ¥, log, (a®) bang
3 2
A. 3log,a. B. 3+log,a. C. ilog2 a. D. glog2 a.
12.10. Rit gon bicu thitc P = log% (log, b - log, a) v6i hai s6 thuc a, b duong tuy ¥ va khéc 1.
A P=2 B.P:%. C.P:%l. D. P=-2.
12.11 (T24). Cho log, 6 = m. Khi d6 log, 36 tinh theo m béng
A. 2+m. B. 2m. C. 6m. D. m2.
12.12. Véi a la s6 nguyén duong tity ¥, log: a® bang
3
A. 3log,a. B. 3 —log,a. C. 5 log, a. D. —3log,a.
12.13 (T8). Cho log; 15 = a ; logs 10 = b .Tinh logy 50 theo a va b .
1
A. log950:§(a—|—b—1). B. logy50 = a — b.
C. logg50 =a+b—5. D. logy 50 = a + 2b.

1. D|[2. B][3. C|l4. B][5. C]l6. ¢][7. c]|[8. cC]l9. c][10.C][11. B][12. D][13. A]

Cau 13. Xét tat ca cac so thye duong a va b thoa man log, a = logg (ab). Ménh dé nao dudi
day dang?
A. a="b° B. a® =b. C. a=0. D. a®> =b.

Loi giai
Tac gia: Nghiém Phuong ; Fb: nghiém Phuong

log, a = logg (ab) < logy,a = %log2 (ab) < 3logy a = log, (ab) <« log,a® = log, (ab)
& a’=ab
& a’ =0
Chon dap an @ i O
BAI TAP TUONG TU VA PHAT TRIEN
13.1 (T1). Xét tat ca cac s6 thyc duong a va b théa man log; a = log,, <a2\/l_7> . Ménh dé nao duéi
day dang?
A a=10. B. a®>=0b. C.a=b. D. a*>=b.
13.2 (T10). Xét tat ca cac s6 thyce duong a va b théa man logga = log 1 <%) Menh dé nao dudi

day duang?
A. a®>=b. B. a’b=1. C. a* =0 D. a* =b.
) ) b S
13.3 (T12). Xét tat ca cac s6 thuc duong a va b thdéa man log, a = logg —. Ménh deé nao duéi day
a
diang?
A. a =10 B. a® =b. C. a=b. D. a®> =b.
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13.4 (T13). Xét tat cd cac so6 thuc duong a, b va ¢ théa man logs(ac) = logg (abc). Ménh dé nao
duéi day dang?

A. b= a%> B. v = a3 C. b=ac D. V? = ac.
13.5 (T16). [Mic do 2] Xét cac s6 thyc duong a, b théa man logg (ab) = log, b. Ménh dé nao dudi
day duang?

A. a?=0. B. 2a =0. C. a=10. D. a=2b.

13.6 (T17). Cho a, b, c la cac s6 thyc duong khac 1 va théa man log, b* = x, log,2y/c = y. Tinh
gia tri clia biéu thic P = log, a.
2 1 xy

A P=—. B. P =2xy. C. P=—. D. P=—.
Ty 2xy 2

13.7 (T2). Cho a, b 1a céc s6 thuc duong théa man log, a + logy b* = 5 va log, a® + logy b = 4. Gia
tria-bla:

A. 48. B. 256. C. 144. D. 324.
13.8. Xét tat ca cac sd thuc duong a va b thoa man 3loga — 2loghb = 2. Ménh dé nao sau day
ding?

A. a® =207 B. 3a—2b=2. C. a® = 1000 D. a® —b* = 100.

. b .
13.9. V6i moi a, bla cac s6 thye duong, khac 1 théa man log,.(a'0?) = log /a <7) Ménh dé nao
a
sau day dung?
A. a®=0b. B. a®>=0. C. o’ =b. D. a=0.

13.10. Cho hai s6 thyc duong a va b théa méan log, 5 a = log, (a - b*). Ménh dé nao dudi day ding?
A. a® = b B. o* =12 C. a® = b D. a3 =8

1. D|[2. D|[3. B][4. C|[5. All6. C||7. D|[8. C|l9. C]|10.A]

Cau 14. Dé du bao dan sb clia mot qudc gia, ngudi ta sit dung cong thiic S = Ae™; trong d6
Ala dan s6 clia nam lay lam moc tinh, Sla dan s6 sau nnam, r1a ti 1é ting dan s6 hang nam.
Nam 2017, dan s6 Viét Nam 1a 93.671.600 ngusi (Tong cuc Théng ke, Nién giam thong ke 2017,
Nha xuat ban Théng ke, Tr.79). Gid sit ti 1¢ tang dan s6 hang nam khong déi 1a 0, 81%, du béo
dan s6 Viet Nam nam 2035 1a bao nhieu ngudi (két qua lam tron dén chit s6 hang tram)?

A. 109.256.100. B. 108.374.700. C. 107.500.500. D. 108.311100.

Lai gidi

Tac gid: D6 Tan Loc, FB: D6 Tan Loc

Ap dung cong thic S = A-eN"
Dan s6 Viet Nam nam 2035 1a S = 93 - 671 - 600 - '¥081% ~ 108 - 374 - 741.

Chon dap an O
BAI TAP TUONG TU VA PHAT TRIEN
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14.1. Chu ki ban ra ctia chat phéng xa Plutolium Pu?3 13 24360 nam (ttc 13 mot lugng chat Pu?3?
sau 24360 nam phan hity con mot nita). Sy phan hity nay duge tinh theo cong thitc S = Ae " trong
d6 A 1a luong chat phong xa ban dau, r 1a ti lé phan hity hang nam, ¢ 1a thoi gian phan huy, S 1a

239 sau it nhat bao nhiéu nam thi phan hiy

lugng con lai sau thoi gian phan huy ¢. Héi 20 gam Pu
con 4 gam 7

A. 56563 nam. B. 56562 nam. C. 56561 nam. D. 65664nam.

14.2 (T11). Dé du bao dan s6 ctia mot qubc gia ngudi ta st dung cong thitc S = Ae™; trong do A
la dan s6 ctia nam lay lam méc tinh, S 14 dan sd sau n nam, r 1a ti 1é ting dan s6 hang nam. Gia st
nam 2019, dan s6 ciia mot dat nuée 1a 96 - 208 - 984 nguoi. Va néu ti 1é ting dan s6 hang nam khong
doi 14 0,9%, thi dén nam bao nhiéu dy bao dan s6 ctia nuée do 1a 116.224.393 ngudi?

A. 2038. B. 2040. C. 2039. D. 2041.

14.3. S6 lugng ctia mot loai vi khuan trong mot phong thi nghiém duge tinh theo cong thic s () =
A.e™ trong d6 A 1a s6 lugng vi khuan ldc ban dau, s (¢) 1a s6 luong vi khuan c6 sau ¢ (phit), 7 1a
ti Ie tang trudng (r > 0) , ¢ (tinh theo phit) 1a thoi gian tang trudng. Biét rang s6 lugng vi khuan
lac dau 1a 500 con, ti lé tang trudng 1a 7,8%. Héi sau bao lau, ké tit lidc dau, s6 luong vi khuan la
120000000 con? (Lay két qua gan ding gan nhat)

A. 159 phit. B. 160 phit. C. 161 phit. D. 162 phit.

14.4 (T13). Dé du béo dan sb ctia mot quoc gia, ngudi ta sit dung cong thiic S = Ae™; trong dé
A la dan s6 ctia nam lay lam moc tinh, S 1a dan s6 sau n nam, r 1a ti 1é tang dan sé hang nam.
Nam 2017, dan s6 Viét Nam 1a 93.671.600 ngusi (Tong cuc Théng ké 2017, Nha xuat ban Thong ke,
Tr.79). Gia stt ti 1¢ tang dan s6 hang nam khong doi 1a 0,81% thi nam nao sau day dan sé nudc ta
gan mic 110 trieu ngudi nhat?

A. 2037. B. 2034. C. 2040. D. 2031.

14.5 (T16). Gia tri con lai clia mot chiéc xe theo thoi gian khau hao ¢ duge tinh theo cong thiic
V (t) = 15000e~%15 trong d6 V () duge tinh bang USD va ¢ dugde tinh bing nam. Hoi sau bao lau
gia tri con lai ctia chiéc xe con 5000 USD?

A. 6,3 nam. B. 7,3 nam. C. 8,3 nam. D. 9,3 nam.

14.6 (T17). Trong moi truong khong gidi han, sy tang trudng clia quan thé sinh vat c6 tinh quy
luat v duge tinh bang cong thitc N, = NyR?; trong d6 Ny 1a s6 luong ca thé tai thoi diém 1ay lam
mbc tinh, N, 1a s6 lugng ca thé tai thoi diém ¢, R 1a chi s6 sinh san trong mot don vi thoi gian. Quan
thé mot loai dong vat don bao ban dau c6 100 ca thé nuoi trong moi trusng khong giéi han. Sau mot
gi0, nguoi ta tha them mot sb ca thé vio moi trudng nudi ban dau. Gia st chi sé sinh san ciia loai
dong vat nay trong mot gio 1a 2, can tha thém bao nhiéu ca thé dé sau 3 gio nita, quan thé nay cé
3200 ca the?
A. 200. B. 400. C. 300. D. 100.

14.7 (T18). Biét rang nam 2001 , dan s6 Viet Nam 1a 78 - 685 - 800 ngudi va ti 1é tang dan s6 nam
d6 14 1,7% . Cho biét sy tang dan s6 duge wéc tinh theo cong thitc S = A.eN" (trong d6 A: 1a dan
s6 clia nam lay lam moc tinh, S 13 dan s6 sau N nam, r la ti 1¢ ting dan s6 hang nam). Ci tang
dan s6 vdi ti lé nhu vay thi dén nam nao dan sd6 nude ta 6 mic 120 trieu ngusi.

A. 2020. B. 2022. C. 2026. D. 2025..
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14.8 (T2). Mot nguoi hang thang gii vao ngan hang mot khoang tién T’ theo hinh thiic 14i kép vdi
1ai suat 0,6% mdi thang. Biét sau 15 thang ngusi dé c6 sb tién 1a 10 trieu dong. Hoéi s6 tien T ngudi
d6 gii hang thang 1a bao nhieu? (Chon dap an gan ding nhat)

A. 643.000. B. 535.000. C. 613.000. D. 635.000.

14.9 (T22). Sy tang trudng ctia mot loai vi khuan dugde tinh theo cong thitc S = A.e™ ; trong dé
A la s6 lugng vi khuan ban dau, r1a ti 1¢ tang trudng (r > 0) va ¢ la thoi gian tang truéng. Biét ring
s6 luong vi khuan ban dau 1a 200 con, sau 3 gio tang truéng thanh 500 con. Héi phai méat it nhat
may gio thi s6 lugng vi khuan c¢6 duge nhiéu hon gap 10 lan s6 luong vi khuan ban dau?

A. 5gio. B. 10 gio. C. 8giv . D. 7gio,

14.10 (T24). COVID19 la mot loai bénh viem duong ho hap cip do ching méi clia virus corona
(nCoV) bat nguon tir Trung Quoc (dau thang 12/2019) gay ra véi téc do truyén benh rat nhanh
(tinh dén 7/4/2020 da c6 1 360 039 nguoi nhiém bénh). Gié st ban dau ¢6 1 ngudi bi nhiém bénh va
cit sau 1 ngay sé lay sang 4 ngudi khac. Tat ca nhitng ngudi nhiém bénh lai tiép tuc lay sang nhitng
ngusi khac véi toc do nhu trén (1 ngusi lay 4 ngudi). Hoi sau 7 ngay sé c6 tong cong bao nhiéu ngusi
nhiém bénh? Biét rang nhiing ngusi nhiém bénh khong phat hién ban than bi bénh va khong phong
tranh cach li, do trong thoi gian 1 bénh van lay bénh sang nguoi khac duge.
A. 16384 ngudi. B. 62500ngudi. C. 77760 ngudi. D. 78125ngudi.

14.11. (T6 4) Su tang dan s6 dugce udce tinh theo cong thic P, = Pye™" , trong d6 Py la dan s6 clia
nam lay lam moc tinh, P, 1a dan s6 sau n nam, r 1a t{ 1é ting dan s6 hang nam. Biét rang nam 2001
, dan s6 Viet Nam 1a 78 - 685 - 800 trieu va ti Ié tang dan s6 nam d6 1a 1,7%. Hoéi ¢t tang dan s6 véi
ti lé nhu vay thi dén ndm nao dan sd nuéc ta é mic 100 trieu nguoi?

A. 2014. B. 2015. C. 2016. D. 2017.

14.12 (T8). Bac An gtii 100 trieu dong vao mot ngan hang vdéi 1ai suat 0,6%/ thang. Sau ding mot
thang ké tit ngay giti, ong bt dau gii them 10 triéu dong méi thang( hai lan gii lién tiép cach nhau
diing mot thang). Sau diing 6 thang, 1ai suat doi thanh 0, 7%/ thang. Hdi sau ding 1 nam ong A c6
duge s6 tien (cd goc va 1ai) gan nhat véi sd tien nao dudi day?

A. 278 trieu dong. B. 244,28 trieu dong. C. 232,66 trieu dong. D. 222,34 trieu dong.

1. All2. B][3. All4. Al|5. Bll6. Al|7. C|[8. D]l9. C]|10.D]|11. B][12. D]

Céau 15. Nghiém ctia phuong trinh logs (22 — 1) = 2 1a
A. z=3. B. x=5. C.:c:g. D.a::;

Lai giai

Tac gia: Can Duy Phiic; Fb: Duy Phuc Can

logs (22 —1) =222 —1=3* &z =5

Chon d4ap an O
BAI TAP TUONG TU VA PHAT TRIEN

15.1 (T1). Phuong trinh 2020%*~8 = 1 ¢6 nghiem la
7 9

A.xzzl. B. z=-2. C.xzzl. D x=2.
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15.2. S6 nghiém thyc ctia phuong trinh log, (22 — 2z +3) =1 1a

A. 0. B. 1. C. 2 D. 3.
15.3 (T11). Nghiém cta phuong trinh log, (3xz — 8) = 2 la
A. %4 B. 12. C. —4. D. 4.
15.4 (T12). Nghiém ctia phuong trinh log, (z — 5) + log, (x + 2) = 3 1a
A z=-3 B. x =6.
C. z=3. D. £ = —3 hodc x = 6.
15.5. Nghiem cfia phuong trinh log, (22 — 1)° = 6 1a
A. 10. B. 12. C. 13. D. 14.
15.6 (T16). Nghiém ctia phuong trinh log; (2 + 1) = 2 1a
A. x=5. B. =4 C.xzé D.xzz.
2 2
15.7 (T17). Nghiém ctia phuong trinh log, (16 — 4x) = 3 la
A x=2 B. z=3. C. z=-2 D.:E:Z—Z.
15.8 (T18). Nghiém cta phuong trinh log, (3x — 1) = 3 la
A x=2 B. z=3. C.x:?. D.x:Z.
2 2
15.9 (T2). Nghiém ctia phuong trinh log, (z + 1) = 3la
A =4 B. z=3. C. z=6. D x=7..
15.10 (T22). Nghiém ctia phuong trinh 5772 = 25 la:
A =0 B. =4 C. z=-4 D. =2
15.11 (T24). Phuong trinh log, z + log,(z — 1) = 1 ¢6 tap nghiém la
A. S={-1;3}. B. S =1{1;3}. C. S={2}. D. S={-1;2}.
15.12. (T6 4) Nghiém ctia phuong trinh log; (37 + 2) = 2 1a
2
A x=3. B. z=5. C.z=—-. D.ng
15.13 (T8®). Nghiém ctia phuong trinh log,(3xz — 1) = 2 la
1 14 1 1
A.J?:—g. B. zr=—. C.x:—6. D.x:—7.
3 3 3 3

1. D|[2. B][3. D|[4. B||5. C]l6. B||7. A|[8. B|l9. D]|10. B|[11. C]|12. D][13. D]

Cdu 16. Tap nghiém ciia bat phuong trinh 571 > 5%°~~9
A [=25 4] B. [-4;2].
C. (_OOQ —2] U [4; —I—OO). D. (—oo; _4] U [2; —I—oo).

L&i giai

Tac gia: Nguyén Thi Bich Ngoc; Fb:Nguyén Thi Bich Ngoc

Frl>Ert e e 1> 2 p—9& 220 —8<0& —2< <4
Chon dap an (A) O

7 STRONG TEAM TOAN VD-VDC



Phat trién dé tham khéo 2020

BAI TAP TUGNG TU VA PHAT TRIEN
16.1 (T1). Tap nghiém ctia bat phuong trinh glogs ™ 4 gloger < 18 13

A (15 9] B. B;g} |
C. (0;1]U[9; +0o0) . D. (0; %] U [9; +00) .

3x—2x2
P P 9
16.2 (T10). Tim tap hgp tat ca cac nghiém thuc clia bat phuong trinh (?) > =

A x¢€

e (-
o el

oo;—} U [1; 400). B zc {1;1}

1
2 2
1
;1). D. xz € (—00;5) U (1; +00).

242z
. 1
16.3 (T11). Tap nghiém cua bat phuong trinh (5) < 3 la
A. (—o0;1). B. (—3;+00).
C. (=3;1). D. (—o0; —3) U (1;4+00)..
1 22—52+3 1
16.4 (T12). Tap nghiem S ctia bat phuong trinh (g) > 57 la:
A. S =10;5]. B. S = (—00;0) U (5;+00).
C. S=(0;5). D. § = (—o00;0] U [5; 4+00).
= _ 1
16.5 (T13). Tap nghiém ctia bat phuong trinh 5) > 5
A. [2;400) . B. (—o0;1)U(1;2] . C. (—o0;1)U[2;400). D. (1;2].
16.6 (T16). Tap nghiem ctia bat phuong trinh 27 > 422" |3
3
A. (—00;0). B. (—o0;0)U <§;+oo).
3 3
C. (= . D. (0;= ).
(3+) (3)
3 z+2 4 x2—z—1
16.7 (T17). Tap nghiém ctia bat phuong trinh (5) > (5) 1a
A ( 0ju = + B. |0 !
. (—o0; —: 400 |. .05 =],
) 27 ) 2
3—+v41 3 41
.. o [ s

16.8 (T18). Tong tat ca cac nghiém ctia phuong trinh 9e?~22-1 302 _ 18 hing

A 1 B. -1 C. 2. D. -2
16.9 (T22). S6 nghiém ctia phuong trinh log, x + log, (z — 1) = 1 1a

A. 0. B. 1. C. 3. D. 2.
16.10 (T24). Tap nghiém ctia bat phuong trinh log, <2$2 — 1) <log, (2* — 1)la

A. [0;1]. B. (0;1]. C. (0;1). D. [0;400).

1 2
16.11. Cho log% (g) = a. Khang dinh nao sau day ding?

5
A. log, 25 + log, V5 = 7“ B. log,5 = —a.
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2 1 1
C. log-4=—-—. D. 1 — 4+ 1 — = 3a.
085 a og25+ 089 o a

16.12 (T8). S6 nghiém nguyen duong clia bat phuong trinh 2373 < 22020-72 13
A. 201. B. 202. C. vo so. D. 200.

1. B|[2. B][3. D|[4. Al|5. C|[6. B||7. A|[8. C]l9. B]|10. B][11. A][12. A]

Cau 17. Ho tat ca cac nguyén ham ciia ham s6f (z) = cosx + 6x 1a
A. sinz + 322 + C. B. —sinz + 322 + C.
C. sinz + 62% + C. D. —sinz + C.

L&i giai

Tac gia: Bui Thi Dung; Fb: Bui Thi Dung
Ta co:

/f(x)dx = /(cosa:Jer)dx = /COSl‘diL‘ + 3/2xdm = sinz + 32% 4+ C.

Chon déap an @ O
BAI TAP TUONG TU VA PHAT TRIEN

17.1 (T1). Ho tat ci céc nguyen ham ciia ham s6 f (z) = sinz — 622 1a

A. —cosx — 223+ C. B. cosx — 223 + C.
C. —cosx — 1823 + C. D. cosxz — 1822 + C.
P P 1
17.2 (T10). Ho tat ca cdc nguyén ham ctia ham s6 f (z) = 32% + = 1a
x
1
A. 23 +In|z|+ C. B. 2’ - < +C. C. 2>+Inzx+C. D. 6z +Inlz|+ C.
x
17.3. Ho tat ca cac nguyén ham ctia ham s6 f(r) = sin2z — 2 1a
A. 21(:082x—2x+0. B. —21(:0321:—21:—1—0.
C. §C082£L‘—2£L‘+C. D. —§cos2x—2x+0.
17.4. Ho tat ca cac nguyén ham ciia ham s6 f (z) = cos (—2z) + 6e** 1 1a
1 1
A. —3 sin 2z + 3e2*tl 4 . B. isin2x+362”1+0.
1
C. 5 sin 2x + 3e2*+1, D. sin2x + 6e2*+1 4 (.

17.5 (T13). Ho tat ci cdc nguyén ham clia ham s6 f () = 3% + sin 2z 1a

3 3% 1
A — — 2 . B. — = 2 .
lng (ios r+C 3 2C108 r+C
C. — +—cos2z+C. D. 3In3 — =cos2x + C.
In3 2 2

17.6 (T16). Ho tat cd cdc nguyen ham clia ham s6 f (x) = sinz — 8z 1a
A. —cosz —4x>+C. B. cosx—4z>+C. C. sinx — 822 + C. D. cosx — 8.

17.7 (T17). Ho tat ci cdc nguyén ham ctia ham s6 f () = 3z 4+ 2sinz 14
A. 323 —2sinx+C. B. 23+2cosz+C. C. 23+2sinx+C. D.2®—2cosz+C.
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. . 1
17.8 (T18). Ho tat ci cdc nguyén ham ctia ham s6 f (x) = — — 622 1a
T

1
A. Inlz| —222 +C. B. —In|z|-223+C. C. —— —12z+C. D. Inlz| — 622 + C.
72

17.9 (T2). Ho tat ci cdc nguyén ham ctia ham s6 f (z) = sinz — 8x

A. cosz —42® +C. B. —cosx —422+C. C. cosx + 42>+ C. D. —cosxz + C.
3
17.10. Ham s6 f(x) = % + e® 1a mot nguyén ham ctia ham s6 nao sau day?
4 4

A.g(x):f—?—i—ex. B.g(:t:):%—i—ex. C. g(x)=32>+¢*. D.g(x)=2>+¢"

. 1
17.11. Nguyén ham ctia ham s6 y = 2% — 5sinx + — 1a:
T

A. 2x—5cosx—i2+(]. B. 22 +5cosx+lnz+ C.
x? ! 3
C. 3—5cosw—l—lnx+0. D. §+5cosx+ln|x|+0.
17.12. Ho tat cd cdc nguyen ham ctia ham s6 f (x) = sinz — 4z 1a
A. cosz—222+C. B. —cosz—222+C.
C. cosx +22° +C. D. —cos x4+ 222+ C.

17.13 (T8). Ho tat ca cdc nguyén ham ctia ham s6 f (z) = 62 + sinz 1a
A. 623 +cosx + C. B. 223 —cosz + C. C. 223 + cosx + C. D. 623 —cosz + C.

1. Al[2. A][3. D||4. B][5. B]l6. A][7. D||8. A][9. B|[10.D]|11. D][12. B][13. B]

~ . . p 2
Cawu 18. Ho tat cd cac nguyén ham ctia ham s6 f (x) = T : trén khoang (1; +00) 1a
x_
A z+3ln(z—-1)+C. B.z—-3ln(z—-1)+C.
C. z— +C. D. z+ +C.
=17 w17

L&i giai

Tac gid: Hoang Thi Mén ; Fb: Hoang Mén

Ta cob:

2 —1
/f(a:‘)d:c:/x—i_ldx:/x——;gdx:/(l—i— 31>d:1: = z+3.Injz—-1+C
T — T — T —

= z+3hn(z-1)+C

(Doz e (l;400)nénz —1>0suyra |z — 1| =z — 1)
Chon dap an @ O
BAI TAP TUCGNG TU VA PHAT TRIEN

18.1 (T1). Ho nguyén ham ctia ham s6 y = e® (1 _ ) 1a

A. e +tanz+C . B. e —tanx +C . C. e* —
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. . 2
18.2. Ho tat cd cac nguyén ham ctia ham s6 f (z) = i+ n trén khodng (—oo; 1) 1a
A z+3ln(z—-1)+C. B.z+3ln(1—2)+C.
3 3
C.ao——"—+C. D.z+———+C.

(x—1) (x —1)

) ) ? +
18.3 (T11). Ho tat ca cac nguyén ham ctia ham s6 f (z) = 1 trén khoang (—oo;1) 1a
x p—

2 2
A %+x+31n(1—x)+0. B. %—i—x—f—iln(m—l)—l—a
z? z?
C. ?—i-x—i-Sln(x—l)—FC’. D. 5+$—31D(1—$)+C.
2z — 1
18.4 (T13). Ho tat ca cic nguyen ham ctia ham s6 f (x) = ° 3 trén khoéng (—oo; —3) la:
A 2z4Tln(—z—-3)+C. B. 2x—7ln( -3)+C.
C.2e-— e D. 2z + S+ C.
(z+3) (z+3)

18.5 (T16). [Mic do 2] Ho tat ca cdc nguyeén ham ctia ham s6 f (z) = ’ 5 tren khoang (—o0; 2)

la
A z+2In(2—2)+C . B.z—-2ln(2—-2)+C.
2
C. z— +C . D. z+ +C.
(z—2)° (z—2)°
2 +1 N
18.6 (T17). Ho tat ca cdc nguyén ham ctia ham s6 f (x) = ——3 trén khoang (3; +00) la
A 2z 4+Thn(z—-3)+C. B. 2z —T7ln(x—3)+C.
C. QZL'—LQ‘FC. D.2ZL‘+L2+O.
(x —3) (x —3)
. ) -3 ,
18.7 (T18). Ho tat cd cac nguyén ham cta ham s6 f(z) = ’ 7 trén khodng (—oo; —2)1a
x
A . z—5n(x+2)+C. B. z—-5In(—x—-2)+C.
5 5
Cr——+C. D. —_—.
T S P G
. . 2 1
18.8 (T2). Tim ho tat céc cac nguyén ham cia ham so f (z) = Ij—x trén khoéng (1; +o00).
A. -2z —-3ln(1—2)+C (CeR). B. -2z +3ln(z—-1)+C (C €R).
C. 2x+3ln(l—z)+C (C eR). D. -2z —-3ln(z—-1)+C (Ce€R)..

1 1

1
18.9. Cho /f (x)dx =2 va / [f (z) —2g (z)] dz = —8. Tinh tich phan/g (x)dx

0 0 0
A. —6. B. -3. C. 5. D. —5.
18.10 (T24). Ho tat ca cac nguyén ham ctia ham s6 f (z) = /2?2 — 1 trén (1;+00) 1a
1
A (2 -1)Va2-1+C. B. g(mQ )va2—-1+C.
1 2
C.§($2—1)3—|—C’. D. 2 (* =) Va? —1+C.
2 A 2 2 ~ N 2 N £ x + 2019 ~ 2 N
18.11. (T6 4) Ho tat c& cac nguyén ham ctia ham so f (z) = 1 trén khoang (1;+o00) la
x J—
A z+2020ln(z—1)+C . B. 2-2020ln(z—1)+C.
2020 2020
C. z— 5 +C. D. z + s +C .
(x —1) (x —1)
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20+ 1

18.12 (T8). Ho tat ca cic nguyeén ham clia ham s6 f (x) = : trén khoang (—1; +00) 1a
T
A 2z —In(z+1)+C. B. 2z —In(z+1)+C.
C. 2z — +C. D. 2x + +C.
(z+1)° (x+1)*

1. B][2. B][3. All4. B||5. Bl|l6. Al|7. B|[8. D|l9. C][10. B]|11. A][12. A]

3 3

2
Cau 19. Néu/f($)d:x:—2 Va/f(:v)daszlthi/f(:r)dx bang

2

1 1
A -3 B. —1. C. 1 D. 3.

L&i giai

Tac gid: Can Duy Phuc; Fb: Duy Phuc Can

Tac()/Sf(m)dx—jf(x)dx+/3f(x)dx——2+1——1.

Chon dép an (B) , O
BAI TAP TUONG TU VA PHAT TRIEN
2 2 2
19.1 (T1). Néu /f (x)dz =5 va / [2f () + g (z)]dz = 13 thi /g (z) do bang
1 1 1
A. -3. B. —1. C. 1. D. 3.

5

5
19.2 (T10). Néu /f (x)dz =6 va /f (r)dz = —4 thi /f () do bang
3

1

3

1

A 2 B. 10. C. -2 D. 3.
5 3 5
19.3. Néu /f(x)d:r;: -3 va/f(:v)dx: 1 thi /f(x)dx bang
1 1 3
A -2 B. —4. C. 4. D. 2.

5 4
19.4. Cho ham s6 f (z) lién tuc trén doan [1;5] va /f(x)dx =2 va /f (x)dx = 3. Tinh P =
1 2

2

/f dx+/5f(x)dx

1
. —1L B. 1. C. 2. D. 5.

19.5 (T13). Néu /f(:c) dr =3,

m\m

f(z)dr =—1 thi /f )dz bing

A. 2. B. 2. D. 4.
1

1 1
19.6 (T16). Néu/f(x)dszva/g(x)dx:7thi/[f(x)+g(x)]dx bang

0 0 0

C. 21

A. 4. B. —4. D. 10.
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9

6 9
19.7 (T17). Néu /f(x)dx =3 va /f(:v)dx = &thi /f(x)dx bang

1 1 6
A. -3 B. 5. C. 1 D. 3.
2 5 5
19.8 (T18). Néu /f (x)dx = =2 va /f dzr = 6 thi /f () dz béng
1 2 1
A. -8 B. 4. C. —4. D. 3.

2

19.9 (T2). Cho /Qf(x)dx = 2;/f(x)d:v =3.Tinh I = /f(:c)dw

1 2 1
A I=4 B. I =3 C. I =6. D I=7.
. 1
19.10 (T21). Tim ho nguyén ham F (x) ctia ham s6 f (z) = — + 1.
T
1
A.F(g;):——+x+(] B. F(z)=Inz|+z+C.
C. F(x)= 1nx—|—x+C’ D. F(z)=Inl|z|+ C.
2 2
19.11 (T22). Biét /f(a;) de = -2 va /g(m) dz =1 thi / [f (z) 4+ 2g (x)] dz bang
1 1 1
A -1 B. 0. C. L D. 2.

19.12. Cho f (z) 1a mot ham s6 lien tuc tren R va F (z) 1a mot nguyén ham ctia ham s6 f (z) thoa
2

/f(m) dz =5; F(2) = 11 .Khi dé F (1) bang:

B. 6. C. T D. 16.
4

8 8
19.13. (T6 4) Néu / dx = 5va /f = —3 thi /f ) dx bang
1 2

2
A. 8. . —8. D. -2

19.14 (T8). Néu/f(:v x—2va,/f dlethl/f ) dx bang

-1
A. —3. B. —1. C. 1 D. 3.

1. D|[2. B][3. B|[4. Al[5. All6. D][7. B|[8. B][9. Al[10. B][11. B][12. B][13. C]

Cau 20.
Dién tlch hinh phang dudc gach chéo trong hinh bén bing. Yy y=a¢— 20— 2
2
A. / —2z? +2x+4)d B./(2m2—2m—4)da7. \
2 2 l

-1\ 10O
C./(Zx — 2z +4)dz.. D/ —2z° + 2z — 4) dz. /

-1
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Lai gidi

Tac gia:Lé Thi Huong ; Fb:Lé Huong

T hinh vé ta thay ,hinh phing dugc gach chéo 1 gi6i han bdi 2 ham sy = —2?+2vay = 22 —22—2
2 2

nén dién tich la / [(—mZ + 2) - (272 — 2z — 2)] dr = / (—2:1c2 + 2z + 4) dx.

-1 -1

Chon dap an @ O
BAI TAP TUGNG TU VA PHAT TRIEN
20.1 (T1).
Hay tinh dién tich phan t6 dam trong hinh vé dudi day.
A 2 B. 2. C. 1. D. Z.
3 4 2
20.2.
Dién tich phan hinh phing dugc gach chéo trong hinh
bén bing
2
1
A. / (—5334 — 2% - §a: — 4> dz
o
1 3
B. /(—§x4+aj2+§x+1) dx .
51
2
C / 1:ch‘—ar;2——ﬂv—1 dx
' 2 2
21
2
1 3
D. / ——at 2P+ Zr44)de .
2 2
51
20.3 (T11).
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Dién tich phan hinh phéng dugc gach ngang trong
hinh duéi bang
1
A. / (—2352 + 22 — 4) dx.
e

1

B. / (—2x2 —2r + 4) dz.

—2

y=224+3x -1

1

C. / (2:c2 —2x — 4) dx.

)
1

D. / (2x2 + 2z — 4) dz.
)

20.4 (T12).

Dién tich hinh phing dudc to mau trong hinh dudi
bang

A. g+81n2. B. —8ln2.
C. E—Slnz D. 8In2. o
3 s
8
T
x
20.5 (T16).
Cho d6 thi ham s6 y = f(x). Dién tich hinh
phéng (phan gach trong hinh) la:
0 0 f(z)
A / F)de + / f)da.
Z3 4 -3 4
1 4
B. /f(:v)d:r + /f(:v)d:p.
-3 1
-3 4
C. /f(x)dx + /f(x)dx.
0 0
4
D. /f(x)dx
-3
20.6 (T17).
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Dién tich S ctia hinh phéng dudce gach chéo trong

hinh bén duéi bang
2

A. S:/(—x2+x+2)dx.

-1
2

B. S:/(IQ—quQ)dx.

-1
2

C. S= / (—2* — 3z + 2)dz.

20.7 (T18).

Dién tich hinh phang dudc gach chéo trong hinh bén

bang.

2
A. / (1‘3 — 493) dx
)

2
B. / (—2® + 4z) d=.

-2

20.8 (T2).

y=2a2—-2r—1

y=2xa>—3x+2

-

y=—-xz+1

y=x+2

Cho dd thi y = f (z) nhu hinh vé sau day. Dién tich S ctia hinh phang

dude gach chéo trong hinh duéi day bang
2

A. S:/f(x)dx

20.9 (T22).

-1

N
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Dién tich phan hinh phang gach chéo trong hinh vé bén
duéi duge tinh theo cong thitc nao sau day?

2
1 3
A. ) | )
/( 235 T 2.15 >d:c
21
2

1 3
—§x4+x2+§x+1)dx.

y=a2>—x—1

Dién tich phan gach chéo trong hinh dudi bang
2 4
A2 B2 ¥ p BT
3 32 96 96
20.11 (T8).

Dién tich phan hinh phéng duge gach chéo trong
hinh bén bang
1

A. / (—22% — 2z +4) da.
-2

1

B. /Qxdx.
)

y =223 — 622 +x+2

y=a>+2x—2

1

C. /—23:(1:1:. i

)
1

D. / (2x2 + 2z — 4) dz.
)

1. Al[2. B][3. B]l4. D||5. All6. Al|[7. D|[8. D]9. B][10.D][11. A]

Cadu 21. Modun ctia s6 phtic 1 + 2i bang

A. 5. B. V3. C. V5.
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Lai gidi

Tac gia: Bui Thi Dung; Fb: Bui Thi Dung

Tacé: |1+2i] = V12422 = /5
Chon dap an @ O
BAI TAP TUGNG TU VA PHAT TRIEN
21.1 (T1). Goi z la s6 phtic lien hgp ciia s6 phitc z = —3 + 4i. Tim phan thyc va phan 4o cia s
phtc Z.
A. S6 phiic Z ¢6 phan thiec bang —3 va phan 4o bang 4.
B. S6 phiic Z c6 phan thyc bang 3 va phan 4o bang 4.
C. S6 phitic 7 ¢6 phan thiyc biang —3 va phan 4o bang —4.
D. S6 phiic Z ¢6 phan thic bang 3 va phan 4o bang —4.

21.2 (T10). Modun cta s6 phiic 3 — i bang

A 2. B. 10. C. V8. D. V10.
21.3. Modun cta s6 phiic —ibang

A —1. B. 0. C. 1. D. 1.
21.4 (T13). Modun cia s6 phiic z = (3 — 4i).i bang

A 5. B. 4. C. 3. D. V7.
21.5 (T16). Modun ctia s6 phitc 2 + 3i bang

A V13 B. 13. C. V5. D. 5.
21.6 (T17). Modun ctia s6 phitc 2z = 5 — 2i bang

A. V29. B. 3. C. 7 D. 29.
21.7 (T18). Phan 4o clia s6 phitc 1 — 3i bang

A. 3. B. 3. C. -3. D. —3i.
21.8 (T2). Tinh modun sb phiic nghich dio clia s6 phitc z = (1 — 2i)°.

1 1 1
A —. B. v5. C. —. D. -.
V5 V5 25 )
21.9. Cho s6 phtic z théa man: z (1 +¢) 4+ 3i =1 . Tinh mo6 dun ctia s6 phrc z .
) 5

A. |7| = 5. B. |2 = V5. C. |2 = % D. |s| =2,
21.10. Modun ctia s6 phtic 4 — 3i bang

A. 5. B. V7. C. V5. D. 3.
21.11 (T8). Modun clia s6 phitc 5 — 3i bang

A. V34. B. 2. C. V16. D. 8.

1. C|[2. D|[3. D||4. Al[5. All6. Al[7. C]|[8. D][9. B][10. A][11. A]

CaAu 22. Cho hai s6 phtic z; = —3 + 4 va 29 = 1 — 4. Phan 4o clia s6 phiic z; + 23 bang
A -2 B. 2i. C. 2. D. —2i.

Loi giai
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Tac gia: Tran Van Tan ; Fb: Tran Van Tan
Tuzg=1—isuyraz=1+4+i.Dodéz1+Z=(-3+1i)+ (1+1i) =—2+2i.
Vay phan 4o ctia s6 phiic z; + 5 1a 2
Chon dap an @ O
BAI TAP TUGNG TU VA PHAT TRIEN
22.1 (T1). Cho z; = 4 — 2i. Hay tim phan &o ctia s6 phitc z = (1 — 2i)° + 71

A. —61 . B. —2:. C. -2. D. 6.
22.2. Cho hai s6 phiic 2; = —2 47 V& 25 = 4 + i. Phan thyc ctia s6 phiic 2, - Z; bang
A 7. B. 6:. C. 6. D. 7.
22.3. Cho hai s6 phiic 2; = —3 + 2i, 2z = 1 — 44. Phan 4o ctia s6 phiic Z; + 2, bang
A. —6. B. —6i. C. 6. D. 6:.
22.4. Cho hai s6 phiic z; = a+2i va 2o = 1 — bi, v6i a,b € R. Phan 4o ctia s6 phiic Z; + 2, bang
A (=2-b)i. B. a+1. C. —2-1 D. 2-b.
22.5 (T16). [Mtc do 2] Cho hai s6 phiic 2y = —1 + ¢ va 29 = 4 — 4. Phan 4o ctia s6 phtic 2 + Z3
bang
A. -3. B. 2. C. 2. D. -2

22.6 (T17). Cho hai s6 phtic 21 = —3 + i VA 2 = 2 — 7. Phan 4o clia s6 phtic z; - 23 bang
A -2 B. 2i. C. —1. D. —s.
22.7 (T18). Cho hai s6 phtic z; = 5+ 3i vA 25 = 3 + 4. Phan thyc ctia s6 phtic 21 + 225 bang
A. 11. B. 1. C. 2. D. 29.
22.8 (T2). Cho ba s6 phtic 21 = 3+ 3i, 22 = 5 — 3i va z3 = 7 + i. SO phtic lien hgp ctia s6 phiic

w = 2, — 22y + iz3 bang:

A. -8+ 167 . B. 8 — 161. C. 8+ 161. D. —8 — 16s.
22.9 (T22). Cho s6 phtic z théa man z — i (4 — 2i) = 8 — 6. Phan thyc ctia s6 phtic z bang
A. 12. B. —4. C. -8. D. 8.
22.10. Cho hai s6 phtic z; = 443i va 2o = —5—2i . S6 phiic lién hop clia s6 phitc w = 22, 4+ 375 — 2122
la:
A.19—5¢. B. 19+ 5:¢ . C. —19—-5:¢. D. —19+4 57 .
22.11 (T4). Cho z; = 2 + 44, 2z, = 3 — 5i . Xac dinh phan thyc clia w = z; - 292
A. —120 . B. -32. C. 88. D. —152.

22.12 (T8). Cho hai s6 phtic z; = 2+ 5i va 2 = 1 — 2¢ .Tim mo dun ctia s6 phtic w = 72 + Z3.
A 2V2 . B. 4V2. C. 4. D. —4..

1. Cll2. Al[3. All4. ¢|[5. C]l6. C||7. Al[s. D]l9. B]|10. A][11. D][12. B]

Cdu 23. Tren mit phing toa do, didm biéu dién s6 phitc z = (1 4 2i)° la diém nao dusi day
?

A. P(=3; 4). B. Q(5; 4). C. N (4; -3). D. M (4; 5).

L&i giai
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Tac gia: Tran Van Tan ; Fb: Tran Van Tan

Theo bai ta c6, z = (14 2i)* hay z = 1 4 4i + 4i> = —3 + 44.

Vay diém biéu dién s phitc z = (14 2:)* trén mat phing toa do la diém P (—3; 4)

Chon dap an @ O
BAI TAP TUGNG TU VA PHAT TRIEN

23.1 (T1). Cho s6 phtic z = z + yi (z,y € R) ¢6 phan thuc khac 0. Biét s6 phiic w = i2% + 2z 1a 86

thuan 4o. Tap hop cac diém biéu dién clia z 1a mot duong thang di qua diém nao dudi day?

A. M(0;1) . B. N(2;-1). C. P(1;3). D. Q(1;1).
23.2 (T10). Tren mit phing toa do, diém biéu dién sb phitc z = (2 4 i) 1a diém nao duéi day?

A. P(2;11). B. Q(14; 11). C. N(2;7). D. M (14; 7).
23.3 (T11). Trén mat phang toa do diém biéu dién s6 phiic z = (1 — 3i) (2 + 7)la diém nao dudi
day?

A. P(5; —b). B. Q(-5;5). C. N(5;5). D. M (-1; =5).

23.4 (T12). Trén mit phang toa do, diem bicu dién s6 phiic lien hop ctia s6 phiic z = (1 + 2i)2 1a
diém nao dudi day ?

A. P(-3;4). B. Q(—4;3). C. N(-3;-4). D. M (—4;-3).
23.5 (T13). Xét cac s6 phiic z théa man (Z + 24) (z — 2) 1a s6 thuan do. Trén mat phang toa do,
tap hop tat ca cac diém biéu dién céc s6 phic z 1a mot dudng tron c¢6 tam la diém nao dusi day?

A. N(-1;,-1). B. M(1;1). C. P(-2;-2). D. Q(2;2).

23.6 (T16). Tren mit phing toa do, diém biéu dién s6 phitc z = (1 4 24)° 1a diém nao dudi day?
A. P(11;2) . B. Q(—11;2) . C. N(11;-2) . D. M (—11;-2) .

23.7 (T17). Cho sb phitc z = 1 + 2i. Diéem nao duéi day 1a diém biéu dién clia s6 phitc w = 2 +i 2
trén mat phéng toa do?

A. P(-3;3). B. M (3; 3). C. Q(3;2). D. N (2; 3).

23.8 (T18). S6 phiic lien hop ciia s6 phitc z = (3 — 44)” 1a:
A z=-T+24. B. z=—-7—24i. C. z=(3+4i). D. z2=24—1.

23.9. Cho s6 phiic z théa man z = (1 + 2i)(4 — 3i) . Diém biéu dién s6 phitc z trén mat phiang toa
do la diém nao dudi day?

A. Q(10;5). B. M (-2;5). C. N (10;-5). D. P(-2;-5)..
23.10 (T22). Goi M (z; y) la diém biéu dién cia s6 phiic z = (1 — 3i)* 4+ 2i trén mit phing toa
do, gia tri ctia biéu thic P = 2 — 2y 13

A. P=-16. B. P=-12. C. P=0. D. P=—-4.

23.11. Trén mit phang toa do Ozy, diém nao dusi day bicu dién s6 phiic w = 22 + (1 + 2i) Z , biét
z=2—3i7

A. Q(9;-5). B. P(-9;5). C. N(-5;-9). D. M (-9;-5).
23.12. Cho s6 phitc z = 1 + 2i. Diém nao dudi day la diém biéu dién clia s6 phiic w = z + iZ trén

mat phing toa do?
A. P(-3; 3). B. M (3; 3). C. Q(3;2). D. N (2; 3).
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23.13 (T8). Tren mit phng toa do, diém biéu dién s6 phiic z = (2 + 3¢)* 1a diém nao dudi day?
A. P(-5;12). B. Q(13;12). C. N(12;13). D. M (4;5) .

(1. D|[2. A][3. All4. C][5. B][6. D][7. B][8. Al][9. c][10.C][11. D][12. B][13. A]

Cau 24. Cho khéi lap phuong c6 canh bang 6. Thé tich ctia khéi lap phuong da cho bing
A. 216. B. 18. C. 36. D. 72.

Lai giai

Tac gia: Nguyén Thi Bich Ngoc; Fb: Nguyén Thi Bich Ngoc

Thé tich ctia khoi lap phuong c6 cong thic V = 6% = 216

Chon dap an @ O
BAI TAP TUGNG TU VA PHAT TRIEN

24.1 (T1). Cho hinh hép c6 déy la hinh vuéng canh bing a va chiéu cao 3a. Thé tich ctia hinh hop

da cho bang
1

A. a. B. 3a. C. 9a®. D. §a3.
24.2. Cho khéi lap phuong c6 thé tich bang 125. Do dai canh ctia khéi lap phuong da cho bang
A. 5. B. 4. C. 15. D. 10.
24.3 (T11). Cho khéi lap phuong c6 canh bing 4. Thé tich khéi 1ap phuong da cho bang.
4
A. 16. B. 96. C. % D. 64.

24.4 (T12). Cho khéi lang tru tam gidc déu c6 tat ca cdc canh déu bang 7. Thé tich khéi lang tru
da cho bang

4 4
A. 343. B. 3 34\/5. C. 343V/3. D. %
24.5. Tinh thé tich V cta khéi lap phuong ABCD.A'B'C'D’ ¢c6 AC' = +/3a béng
A. . B. v/3d%. C. 3v3d®. D. 3a® .
4.

24.6 (T16). Cho khéi chop cé day 1a hinh vuong canh 2 va chiéu cao bing 2v/3. Thé tich khéi chop
da cho bang

4
A. 8—‘3/5 B. 8v/3. C. 4V/3. D. g
24.7 (T17). Khéi hop chit nhat c6 ba kich thuée lan lugt 1a a, 2a, 3a.Thé tich ctia khdi hop chit
nhat bang
A. a’. B. 3a°. C. 5a’. D. 6a>.

24.8 (T18). Cho khdi lap phuong c6 canh bing a. Thé tich ctia khéi lap phuong da cho bing
A. a®. B. a2 C. 3a. D. 4a®.

24.9 (T2). Cho khdi hop chit nhat c6 do dai ba kich thude lan lugt 1a 4, 6, 8. Thé tich khéi hop
chit nhat da cho bang
A. 288, B. 64. C. 192. D. 96.
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24.10 (T22). Cho khéi hop chit nhat ABCD.A'B'C'D’ ¢6 cac canh AB = a ; AD = av'2 ;
AA" = ay/5 . Thé tich ctia khéi hop dé la

3 3
A. @3V10. B. 210, c. 2 ‘3@ D. 2 ‘Q/E

Loi giai.
Nguai sang tac: Vi Huong; Fb: Vi Huong
Chon dép an (A) O

24.11 (T24). Cho lang tru tam gidc déu c6 do dai tat ci cic canh bing 3. Thé tich khdi lang tru

da cho bang:
2 2
A O3 g 21V3 c 21V3 D 93

4 4 2 )

24.12. (T6 4) Cho khéi lap phuong ABCD.A'B'C'D’ ¢6 AC" dudng chéo chinh bing 5v/3 . Thé tich
ctia khoi lap phuong da cho bang

A. 125. B. 25. C. 375V3. D. 25V/3.

24.13 (T8). Thé tich khdi chop c6 chidu cao bang h va dién tich ddy bing B la

A V= %Bh. B. V= éBh. C. V = Bh. D. V= %Bh.

1. B][2. Al[3. D|[4. B||5. All6. A||7. D|[8. A|l9. C]|10. A]|[11. B]|12. A][13. A]

Cadu 25.
Cho khéi lang tru ding ABCD.A'B'C'D’ ¢6 day 1a hinh thoi A D’
canh a, BD = v/3a va AA’ = 4a(minh hoa nhu hinh bén). Thé E
tich ctia khoi lang tru da cho bang B : C
2 3 4 3 |
A 23e. Bo4vES. o . p ;
]
]
Ay .
/ D
B C

Lai gidi

Tac gia:Nguyén Thanh Huong ; Fb:Thanh Huong Nguyén
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A D’
]
]
]
]
]
]
]

B ' C’

:
]
]
]
]
]
]
]
]
]
:

A

AT

e \‘\ ————
,/ \\() —————
, T
S =T S
/, —’—— RN
RoPiae \\\
B C
) 1 av'3
Goi O = AC'N BD. Ta c6:BO = 5 BD = T\/_

2
3
Xét tam giac vuongABO ta c6: AO = AB? — BO? = , | a® — (%_) = g = AC =a.
1 1 23
Dién tich hinh thoi ABC'D 1a Sapcp = QAC'.BD = §a caV/3 = a4 ;/_
2. 4: 1% TR TS / a2\/§ 3
The tich khoi lang tru ABCD.A'B'C'D'la V. = Sypep - AA" = 5 4a = 2v/3a>.
Chon dap an @ O
BAI TAP TUGNG TU VA PHAT TRIEN
25.1 (T1).
Cho khdi lang tru ding ABCD.A'B'C'D’, ¢6 day 1a hinh binh hanh A’y D'
canh AB = a,AD = aV/3, BAD = 120° vi AB' = 2a (minh hoa i
nhu hinh dué6i day). The tich ctia khéi lang tru da cho bing B 3 C’
3v3 3v3 3v3 !
A e B W o M pas AK--ofemmeee ‘D
2 4 6 \
B =
25.2.
Cho hinh lap phuong ABCD.A'B'C'D’ canh a. Goi M ,N,P lan luct e P Iy
1a trung diém C'D, A'B’, A'D’. Thé tich khéi t dien A’M N P bing . |
a’ a? a’ a? o0
A —. B. —. C. —. D. —. SRR
16 32 12 24 By N
A - 77777777\1\\A\‘\D
TSSO M
Q
B i

25.3. Cho khoi lang tru diing ABCD.A’B'C'D’ ¢6 day 1a hinh vuong, AC’ = 3a va AA’ = 2a (minh
hoa nhu hinh bén duéi).
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A/ !/
B i C’
ak g
B ~co
Thé tich ctia khéi ling tru da cho bing
5a® 5v/3a3
A. 5a®. B. 5v/3d?. C. % D. \/3_“ .

25.4 (T12). Cho hinh lang tru ding ABC'D. A’ B'C' D'cé day 1a hinh thoi canh a, BD = ay/3, AA’ =
6a (minh hoa nhu hinh bén). Goi O = AC' N BD. Tinh thé tich A’AOB.

A/‘ /
/\\ 3 C/
A :\::*\*\*****1:“\D
\\\\i*:: \\\
e O \\\\\ \\
B¥ —=3
3V3 2v/3a? 4+/3a3
Al f. B. 41345, C. \/3_“ . D. ‘ga .

25.5. Cho khoi lang tru ti gidc ABC'D.A’B'C’'D’ ¢6 day 1a hinh binh hanh. Hinh binh hanh ABC'D

6 AB = 2BC = 2a va ABC' = 60°. Hinh chiéu A’ len (ABCD) la diéem H thuoc doan AC sao cho
1 . ? .

AH = gAC. Goc gitta canh bén va mat day bang 30°. Tinh the tich V' cta khoi lang tru da cho.

AveYa B V3. cvoY3as D v Y3
30 15 10 5

25.6 (T16). Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 AB = a. Tt gidc BB'D’'D 1a hinh vuong
canh av/3. Thé tich ctia hinh hop da cho bing

B e
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A. a*/6. B. 3a°. C. 2a°. D. a*V2.

25.7 (T17). Cho hinh hop dimg ABCD.A'B'C'D". Biét AB = a, AD = v/3a, AA' = 3a vi ABC' =
120°. Thé tich ctia hinh hop da cho bing

3 3 3 3
A 2v B. 2% c. 3% p. 3%
2 1 2 A
A/‘ !
B l C’
Ak D
B S

25.8 (T18). Cho khdi lang tru ti giac deu ABCD.A'B'C'D’ ¢6 canh day bang a va mat (DBC”)
hop v6i ddy ABC'D mot géc 60° (minh hoa nhu hinh bén). Thé tich ctia khéi lang tru da cho biang

AI !
B —C'
ARz 44D
o /\‘//3600 \\\
S0 T
B 8Ye;
3 3 3
A. \/g“ . B. 6d®. C. ‘/ga . D. \/ga .

25.9 (T2). Cho khdi lang tru ding ABC'D.A'B'C'D’ ¢6 day 1a hinh thoi canh 2a, AA" = 2a, goc
gitta B'D va mit day bang 30° (minh hoa nhu hinh bén duéi). Thé tich ctia khéi ling tru da cho

bang
Al /
B e
Ax----F-------> ‘\D
B e
3 3
A. 2a3\/§. B. 2v/3a° . C. 4V3a5. D. 4a3\/§.

25.10. Cho khéi hop chit nhat ABCD.A'B'C'D' ¢6 AA = 3a, AC' = 5a, /B’ = 2B'C". Thé tich
ctia khoi hop chit nhat da cho biang
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A Yol
Y ‘D
B ~C
A. %a?’. B. %a?). C. ?a?’. D. %(13.

25.11 (T24). Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 AB = a, AC = 2a, dién tich tam giac
BDB' bang a?. Thé tich hinh hop chit nhat ABCD.A'B'C'D’ bang

A/ /
By
/R R Teip
BV RS
2 3 3
A.%. B. 243 . c.%. D. ¢*V3 .

25.12. (T6 4) Cho lang tru ABCD.A'B'C'D' ¢6 ABCD 1a hinh thoi. Hinh chiéu ciia A’ len (ABCD)
1a trong tam clia tam gidac ABD. Tinh thé tich khéi lang tru ABCDA'B'C'D’ biét AB = a, ABC =
1200, AA' = a.

A. a3/2. B.

25.13 (T8). Cho hinh hop dimg ABC'D.A'B'C' D' ¢6 day ABC'D 14 hinh thoi canh a va BAD = 60°,
AB' hop véi day (ABCD) mot goc 60°. Thé tich ctia khoi hop 1a

A/ !
B —C
A 605 s D
B RS
3 3 3 3
AL B. 3@ c. L, D. 2 ‘/5.

2 2 6 6
1. Al[2. D|[3. Al[4. A]|5. D][6. A][7. A|[8. All9. C][10.A][11. D]|[12. D][13. B]
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Cadu 26. Dién tich xung quanh ctia hinh nén c¢6 do dai duong sinh [ va ban kinh day r bang

A. 4nrl. B. 2nrl. C. nrl. D. %m"l.

Lai giai

Téc gid : Le Nguyén Trong Hiéu; Fb : Lé Nguyén Trong Hiéu
Ap dung cong thic dien tich xung quanh hinh nén Sgpq = mrl
Chon dap an @ ' O
BAI TAP TUONG TU VA PHAT TRIEN
26.1 (T11). Dién tich xung quanh ctia hinh tru ¢6 do dai duong cao h va ban kinh day r bang

1
A. 4nrh. B. 7wrh. C. 27nrh. D. gm’h.
26.2. Mot mat cau c6 duong kinh bang 2a thi c6 dién tich bing:
4 2
A. 8ma’. B. 7;a C. 4ma®. D. 167a®.
26.3 (T13). Thé tich Khéi tru c6 chiéu cao h va ban kinh day r bang
1 1
A. 27rh.3C. B. gm‘h. C. 7mrh. D. gﬂrzh.
26.4 (T16). Dién tich xung quanh ctia hinh tru c6 do dai duong sinh [ va ban kinh day r bang
1
A. 47rl. B. 27rl. C. mrl. D. g’/ﬂ“l.
26.5 (T17). Thé tich ctia khéi nén c6 chiéu cao h va ban kinh day rbang
1
A. 47r2h. B. 27r2h. C. nr2h. D. §7rr2h.
26.6 (T18). Dién tich toan phan ciia mot hinh nén ¢6 ban kinh ddy bang 4a va chiéu cao bang 3a
a 16
A. 36ma’. B. 56ma®. C. 167wa®. D. EﬂaQ.
26.7. Cho khéi nén cé chiéu cao bang 2a va ban kinh day bang a . Thé tich ctia khéi nén da cho
bang
A. 47m3‘ B. 2ma’ C. W—&g. D. 2ma®.
3 3 3

26.8 (T22). Mot hinh tru ¢6 ban kinh day bang 50cm va chiéu cao bang 50cm. Dién tich xung

quanh ctia hinh try béang:

A. 100007 (cm?). B. 75007 (cm?). C. 25007 (cm?). D. 50007 (cm?).
26.9 (T24). Thé tich cia mot khéi cau c6 ban kinh R bang
4 1 4
A. §7TR2. B. gﬂR?’. C. 47 R3. D. §7TR3.
26.10 (T4). Thé tich ctia mot khéi nén c6 do dai dusng sinh [ v ban kinh day r bing
1 1
A, w32 —r2 B. 27ri% C. gm’zl. D. gm“?\/l? — 72

26.11 ('T8). Cho hinh nén c6 dudng sinh béng 4a, dién tich xung quanh béng 8ma?. Tinh chiéu cao

cua hinh non do theo a.

A. GT\/? B. 2a. C. aV/3. D. 2av/3.

1. ¢|[2. ¢][3. ¢l]l4. B||5. D|[6. Al[7. B|[8. D]9. D][10. D][11. D]
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Cau 27. Cho hinh tru c¢6 ban kinh diy bang 3. Biét rang khi cat hinh tru da cho bdi mot mat
phéng qua truc, thiét dién thu duge 1d mot hinh vuong. Dién tich xung quanh ctia hinh try da
cho bang

A. 187. B. 36m. C. b4r. D. 27r.

L&i giai

Tac gia: Nguyén Thi Bich Ngoc; Fb:Nguyén Thi Bich Ngoc

B

Thiét dién qua truc 1a hinh vuong ABCD.
Theo dé ban kinh ddy 1a r = 3 nén [ = BC = 2r = 6.
Dién tich xung quanh ctia hinh tru da cho la S;, = 27rl = 27.3 - 6 = 367
Chon dap an O
BAI TAP TUGNG TU VA PHAT TRIEN
27.1 (T1). Cho mat cau (S) . Biét réing khi cat miat cau (S) bdi mot mit phing cich tam mot
khoang c6 do dai 1a 3 thi duge giao tuyén la duong tron (T') ¢6 chu vi 1a 127 . Dién tich clia mat cau
(S) béng
A. 1807. B. 18037 . C. 90m. D. 45m.

27.2. Cho hinh tru c6 duong sinh bing 8. Biét rang khi cat hinh tru da cho bdi mot mat phang qua
truc, thiét dien thu dugc 1a hinh vuong. Dién tich toan phan ciia hinh tru da cho bang
A. 48, B. 967. C. 64r. D. 80~7.

27.3 (T11). Cho hinh tru c6 thiét dién qua truc la mot hinh vuong va dién tich toan phan béng
64ra?® . Tinh ban kinh day ctia hinh tru.

A.T:4\/6a. B.TZS\/EG.
3 3
27.4 (T12). Cho hinh tru ¢6 dudng cao bang 6. Biét rang khi c&t hinh tru da cho bdi mot mit
phang qua truc, thiét dien thu duge 1a mot hinh chi nhat c6 do dai duong chéo bing 10. Thé tich
khoi tru da cho bang.

A. 96m. B. 1607. C. H4m. D. 90x.

C.r=4a. D.r=2a.

27.5 (T13). Cho hinh nén (N) c¢6 dudng kinh day bang 2a va thiét dién qua truc cta hinh nén la

mot tam giac vuong can. Tinh thé tich ctia khdi nén gisi han bsi hinh nén (N) .

4 3 3
A. drdd | B. ¢ C. na . p. I¢

3 3
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27.6 (T16). Cho hinh tru c6 ban kinh day béng 4 . Biét rang khi cit hinh tru da cho béi mot mit
phang qua truc, thiét dien thu dugce 1a mot hinh vuong. Dién tich toan phan ctia hinh tru da cho
bang

A. 1087 . B. 967 . C. 647 . D. 80 .

27.7 (T17). Cho hinh tru c6 thiét dién qua truc 1a mot hinh vuong ¢6 dién tich bang 64. Dién tich
toan phan ctia hinh tru la
A. 64r. B. 48m. C. 128m. D. 967.

27.8 (T18). Biét thiét dien qua truc ciia mot hinh noén la tam giac déu c6 dien tich bing a?v/3.
Tinh thé tich ctia khéi non da cho.

3 3 3 3
A V= ”“2\/5. B. V= m6\/§. C. V= MG\/E. D. V= ”“3\/3.

27.9 (T2). Cho hinh nén c6 thiét dien qua truc la tam gidc déu c¢6 canh bang 4 . Dien tich toan

phan ctia hinh nén da cho bang
A. 3. B. 8. C. 127. D. 97.

27.10 (T22). Cho tt dien déeuABC'D ¢6 canh bang 2a. Hinh nén (N) ¢6 dinh A va dudng tron day
la

dudng tron ngoai tiép tam giac BC'D. Tinh dién tich xung quanh S,, cta (N).

4+/37a?
T

27.11 (T24). Cho hinh nén c6 duong kinh day bang 4. Biét rang khi cit hinh nén da cho bdi mot

mat phang qua truc, thiét dien thu dude 1a mot tam giac déu. Dién tich toan phan ciia hinh nén da

A. S,, = 121a®. B. S = C. S, = 6ma®. D. S, = 4v/3ma®.

cho bang

2
A. 327 . B. ﬂ

3
27.12. Cho hinh 1ap phuong ABCD.A'B'C'D’c6 canh bang a. Goi S 1 dién tich xung quanh clia
hinh tru c6 hai duong tron day ngoai tiép hai hinh vuong ABC Dva A’B’C’D’. Dién tich S la

2
9
A. ma2V/3. B. MQ‘[. C. mal. D. 1a®V2..

27.13 (T8). Cho hinh tru c6 ban kinh day bang 5. Biét rang khi cit hinh tru da cho béi mot mit
phéng qua truc, thiét dien thu duge 1a mot hinh chit nhat c¢6 chu vi bang 32. Dién tich xung quanh

C.4(V3+1)m. D. 127 .

ctia hinh tru da cho bang
A. 1107. B. 607. C. 55m. D. 150m.

1. All2. B][3. Al[l4. Al|5. D]l6. B||7. D|[8. D|l9. cC]|10.B][11. D]|12. D][13. B]

Cdu 28. Trong khong gian Ozyz, hinh chiéu vuong géc ciia diém M (2; —2; 1) trén mat phing
(Oxy)co toa do la
A. (2;0;1). B. (2;-2;0). C. (0;—-2;1). D. (0;0;1).

Lai giai

Tac gia: Do Bao Chau; Fb: D6 Bdo Chau
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Hinh chiéu vuéng géc ctia diém M (2; —2;1) trén mit phing (Oxy)co toa do 1a M’ (2; —2;0)

Chon dap an O
BAI TAP TUONG TU VA PHAT TRIEN

28.1 (T1). Trong khong gian Oxyz, hinh chiéu vuong géc ctia diém A (1;2; 3) trén mat phang(Oyz)co

toa do 1a

A. (0; 2; 3). B. (1; 0; 3). C. (1; 0; 0). D. (0; 2; 0).

28.2. Trong khong gian Oxyz , hinh chiéu vuong goéc ctia diém M (1; —3 ; 1) trén mat phang (Oxz)
c6 toa do la
A. (1;0;1). B. (1; -3;0). C. (0; —=3;0). D. (0; -3; 1).

28.3 (T11). Trong khong gian Ozyz, hinh chiéu vuong goc ciia diém M (1; —3;4) trén mit phang
(Oyz) c6 toa do la
A. (1;-3;0). B. (0;-3;4). C. (1;0;0). D. (0;0;1).

28.4 (T12). Trong khong gian véi hé truc toa do Oxyz, cho diém A (1;2;4), B (2;4; —1). Tim toa
do trong tam G cta tam giac OAB.
A. G (6;3;3). B. G(2;1;1). C. G(2;1;1). D. G(1;2;1).

28.5. Trong mit phang (Ozyz) cho mit phang (P) : 2z —y + 2z — 1 = 0 va cac diem A (1;2;3),
B (1;1;0); C(—1;—2;1); D(0;1;—2). Trong boén diém A, B, C, D; diém nao c6 khoang cich dén
mit phang (P) 16n nhat

A. Diém A. B. Diém B. C. Dbiém C. D. Diém D.

28.6 (T16). Trong khong gian Ozyz, hinh chiéu vuong goc ciia diém M (0; —2; 3) trén mit phang
(Oxy) c6 toa do la
A. (0;-2;0). B. (0;0;3). C. (0;2;0). D. (0;0;1).

28.7 (T17). Trong khong gian Oxyz, hinh chiéu vudéng géc clia diem M (—3; 3; 2) trén mat phang
(Oyz) c6 toa do la
A. (=3;0;2). B. (—3;3;0). C. (0; 3; 2). D. (0; 0; 2).

28.8 (T18). Trong khong gian véi hé toa do Oxyz , hinh chiéu vuong géc ctia diém M (4; —3; —1)
trén mat phang (Ozz) c6 toa do la.
A. (4;0;-1). B. (4;-3;0). C. (0;-3;-1). D. (4;-3;1).

28.9. Trong khong gian Oxyz, hinh chiéu vuong goc cia diém M (—3;5; —7) trén mat phang (Oyz)
c6 toa do la

A. (0;5; 7). B. (-3;0;-7). C. (—3;5;0). D. (=3;0;0).
m

28.10. Mat cau (9) c¢6 tam I (1;1;1) va di qua die
A (z—17+y—-1)7+(z-1)° =62

B. 1?4+ (y+1)° + (2 +1)* = 62.
C.z—1)+@w—-1>+(z-17°="74 D.
2

(—

A (6;2; —5) ¢6 phuong trinh 1a

(x +

(z+ 1+ W+ 1)+ (2 +1)7° =174

28.11. Trong khong gian Oxyz, cho diém A (1;—3;2) . Toa do diém A’ d6i xing véi A qua mit
phang (Oyz) la.

A A (—1;3;-2). B. A'(—1;3;2). C. A (-1;,-3;2). D. A(0;-3;2)..
28.12. (T6 4) Trong khong gian Oxyz, hinh chiéu vuong goc clia diém A (1;2;3) trén mat phang
(Oyz) 1a

A. M (0; 2; 3). B. N(1;0; 3). C. P(1;0;0). D. Q(0; 2; 0).
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28.13 (T8). Trong khong gian Ozyz, hinh chiéu vuong goc ciia diém A (5;2; —3) trén mit phang
(Oyz) 1a A (2/;9/;2'). Khi d6 S = 2’ + ¢/ + 2/ bang
A —1. B. 2. C. 4. D. 7.

(1. All2. Al[3. B][4. D||5. D]l6. Al|7. C|[8. A|l9. A]|10. A][11. C][12. A][13. A]

Cau 29. Trong khong gian Ozyz, cho mit cau (S) : (x —1)> + (y 4+ 2)* + (z — 3)> = 16. Tam
cia (S) c6 toa do la

A. (—1;-2;-3). B. (1;2;3). C. (-1;2;-3). D. (1;-2;3).

L&i giai

Tac giad: D6 Bao Chau; Fb: D6 Bdo Chau

Tam ctia (S)co toa do 1a I (1;—2;3)

Chon dap an @ O
BAI TAP TUGNG TU VA PHAT TRIEN

29.1 (T1). Trong khong gian Oxyz, toa do tam clia mat cau (S) : 2? +y*> + 22 —2x —4y — 6 =0

la
A. (2;4;0). B. (1;2;0). C. (1;2;53). D. (2;4; 6).

29.2 (T10). Trong khong gian Ozyz , tam I va ban kinh R clia mit cau ¢6 phuong trinh
P+ -2+ 2 +62—T7T=0

lan luct 1a
A I(1;—-1;-3), R=3V2. B. I(1;—1;3), R=3V2.
C.I(1;-1;-3), R=18. D. I(-1;1;-3), R=3.

29.3 (T11). Trong khong gian Ozyz , cho mit cau (S) : (z —2)* + (y — 1) + (2 + 3)> = 25. Tam
cia (S) ¢6 toa do la
A. (-2;-1;3). B. (2,1,-3). C. (—-1;2;-3). D. (-2;1;3).

29.4 (T12). Trong khong gian Ozyz , cho mat cau (S): 2? +y* + 2% — 2z + 4y — 62 — 2 = 0. Tam
cia (S) cb toa do la

A. (—1;-2;-3). B. (1;2;3). C. (-1;2;-3). D. (1;-2;3).
29.5 (T13). Trong khong gian Ozyz, cho mat cau (S) : 22 +y? + 22 — 4z + 6y — 102 + 13 = 0. Tam
I va ban kinh R ctia (S) la

A. I(—2-3;-5),R=25. B. I(2;3;5),R=5.

C. I(-2;3;-5),R = 25. D. I1(2;-3;5),R=5.
29.6 (T16). [ Mrc do 1] Trong khong gian Ozyz , cho mat cau (S) : 22 +y*+ 22 —22+2y+62—7 = 0.
Tam cua (S) ¢6 toa do la

A I(1;-1;-3). B. I(1;-1;3). C. I(1;-1;-3). D. I(—1;1;-3).
29.7 (T17). Trong khong gian Ozyz, cho mit cau (S) : (z+1)° + (y — 1) + (z +2)* = 9. Tam
cia (S) ¢6 toa do la

A. (1; 1; 2). B. (1; —1; 2). C. (—1; —1; =2). D. (-1; 1; =2).
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29.8 (T18). Trong khong gian véi hé toa do Ozyz, cho mit cau (S) : (x + 1)+ (y — 3)°+(z —4)* =

9. Ban kinh ctia mat cau (S) bang
A. 9. B. 81. C. 18. D. 3.

29.9 (T2). Trong khong gian Oxyz, mat cau (S) : 22 + y? + 22+ 8r — 4y — 62 — 7 = 0 ¢6 tam va
ban kinh la

A. I(—4; 2; 3),R = 36. B. I(—4; 2; 3),R=6.

C. I(4; —2; =3),R=+/22. D. I(4; —2; —3),R =6.

29.10. Trong khong gian Ozyz , vecto U = 27 — 3% c6 toa do la
A. (2;-3;0). B. (2;1;-3). C. (2;0;-3). D. (—2;0;3).

29.11. Trong khong gian Oxyz, cho I (1;2;3) . Phuong trinh mat cau (S) tam I , tiép xic véi (Ozy)
la

A (z—-1)°4+(y—27+(2-3)°=5. B. (z4+1)° 4+ (y+2°+ (2 +3)°=09.

C.(z—1)°+@wy-27+(z-37=09. D. (z—1)°+(y—2)74+ (2 —3)° = 14..
29.12. (T6 4) Trong khong gian Oxyz , mat cau (S) : 22 +y? + 22 + 40 — 2y + 82 — 1 =0 ¢6 tam
la

A. M (4;—2;8). B. N(2;-1;-4). C. P(—2;1;—-4). D. Q(—4;2;-8).
29.13 (T8). Trong khong gian Ozyz, cho mat cu () : (z —1)* + (y — 2)> + (2 — 5)* = 25 . Tam
cta (S) cb toa do la

A. (—1;-2;-5). B. (1;-2;5). C. (—1;2;-5). D. (1;2;5).

1. B][2. Al[3. B][4. D||5. D]l6. Al|7. D|[8. D|l9. B]|10.C]||11. C]|12. C][13. D]

Cau 30. Trong khong gian Oxyz, cho cac vecto @ = (1; 0; 3) va b = (—2; 2; 5). Tich vo
huéng @. <6’ + —b)> bang
A. 25. B. 23. C. 27. D. 29.

Lai gidi

Tac gia: Tran Van Tan ; Fb: Tran Van Tan

Tit bai toan ta 6 @+ b = (1+(—2); 0+2 3+5) hay @+ b = (—1; 2; 8).

Do d6 @ - (3+?) =1-(=1)+0-2+3-8=23.

Vay @ - <a’+6’) — 923

Chon dap an O
BAI TAP TUONG TU VA PHAT TRIEN

30.1 (T1). Trong khong gian Oxyz , cho cic vecto @ = (—2;1;2) , b= (1;—1;0) . Tich v6 huéng

(a’ — T;) b bang
A. -3. B. —-1. C. —5. D. 12.

30.2. Trong khong gian Oxyz, cho cac vecto @ = (—3; 1; 2), b= (=5;2;0)va ¢ =(2; -2; —1).

Y
Diat @ = 2@ — b. Tinh cosin clia goc gitta hai vecto U va €.
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24/ 17 24/ 17
A. COS(U;?)Z\{—;- B. COS(U;?):—\{—;.
2v/1 2v/1
C. COS(U;?)Z—E. D. cos(ﬂ’;?)zﬂ.
3 3
- 1
30.3 (T11). Trong khong gian Oxyz, cho cac vécto @ = (—1;0; 3)va b = <3; 3 —5>. Tich vo
huéng @ - (a’+ 23) bing
A. 26. B. —26. C. 25. D. —25..

30.4 (T12). Trong khong gian Oxyz, cho cac vecto @ = (—1; 0; 3) va b = (2; 2; 5). Tich vo
huéng @ - (ZL)-F T;) bang:

A. 25. B. 23. C. 27. D. 29.
30.5. Trong khong gian Oxyz, cho cac véc to @ = (2;1;1); b = (1;—1;2) Tinh @ (?L’ - 23) bang
A 0. B. 6. C. 3. D. 12.

30.6 (T16). Trong khong gian Ozyz , cho céc vecto @ = (1; —2; —1) va b= (2;1; —1) . Gia tri
clia cos <E’, 3) 1a
A. —1. B. 1 cC. —. D. —Q.
6 6 2 2
30.7 (T17). Trong khong gian Oxyz cho ba diéem A (1; 1; 1), B (5; —1; 2), C (3; 2; —4). Tim toa
do diém M théa man MA +2MB — MC = 0.

39 3.9 39 39
A M(-4-2:2). B. 4, -2 -2). C. 4,2, 2. CM (4 -2 2.
(+53) mow(sgg) cm(ngg)  por(s)

30.8 (T18). Trong khong gian Oxyz , cho cac vecto @ = (—1;0;2)va b = (0;1;5). Tinh gia tri
bidu thicP = @2 — @ - (3 n E’) bing:

A. —10. B. 23. C. 10. D. 15.
30.9 (T2). Trong khong gian Ozyz , cho cac vecto @ = (1;1;3), b = (=2 1;5) va € = (1;—3;2).
Tinh tich vo huéng @ - <?7) - 2?) bang

A. —6. B. 22. C. 10. D. 6.

S

30.10 (T22). Trong khong gian Ozyz , tim phuong trinh mat phang (P')song song véi mit phang
(P) : 122 + 4y — 3z = —9 va khoang cach tit mit phang do tdi diém 7 (0,1,0) 1a 1.

A (P):120+4y—32—-17=0. B. (P):120+4y—324+9=0.

C. (P):120+4y — 32+ 17=0. D. (P):120+4y—32—-9=0.
30.11 (T24). Trong khong gian Ozyz,cho vécto @ = (1; 0 ; 3)va ¥ = (z;—1;1) .Néu u - ¥ = 3thi
do dai ctia | 7] bang

AL B. 2. C. 3. D. V2.
30.12. Trong khong gian Oxyz , cho cac vecto @ = (2;0;—1) va b = (1;—1;0). Tich v6 hudéng
a - (7; + 25') bang:

A. 10. B. 9. C. 7. D. 12.
30.13 (T8). Cho hai vec to @ = (1;-2;3), b = (=2;1;2). Khi d6 tich vo hudng (3+ 79') e
bang

A. 12 B. 2. C. 11. D. 10.

1. C¢|[2. B][3. B][4. B||5. All6. B||7. D|[8. All9. D]|10. A][11. D][12. D][13. C]
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Cau 31. Trong khong gian Oxyz, cho mat phing () : 3z + 2y — 4z + 1 = 0. Vecto nao dudi
day 1a mot vecto phap tuyén cia («)?
A ny = (3;2;4). B. n3 = (2;—4;1). C. n1 = (3;—4;1). D. nj = (3;2;—-4).

Loi giai

Tac gia: D6 Bao Chau; Fb: D6 Bdo Chau
Vectd phap tuyén clia mat phang (o) : 3z + 2y — 4z +1 =0 1a ng = (3;2; —4)
Chon dap an @ O
BAI TAP TUGNG TU VA PHAT TRIEN
31.1 (T1). [Mitc do 1] Trong khong gian Oxyz , cho mit phang () : 2 + 3z — 1 = 0. Vectd nao
dudi day 1a mot vecto phap tuyén cia («) ?

A7 =(2;3; -1). B. 7 =(2;3;0). C. 7=(-2;0;-3). D.7=(2;0;-3).
31.2. Trong khong gian Ozyz , mot vecto phap tuyén clia mat phang (P): —2y+x+2—-3=0c¢6
toa do 1a

A. (1; =2; =3). B. (1; —2; 1). C. (1; 1; =3). D. (-2; 1; —-3).

31.3. Trong khong gian Oxyz , cho mat phang () : 5z —y — 42z + 3 = 0 . Vecto nao dudi day la
mot vecto phap tuyén cia (a) ?

A. ny = (5;-1;3). B. n3 = (—1;—-4;3). C. ny=(-4;-1;5). D.ny=(5-1;-4).
31.4. Trong khong gian Ozyz, cho mit phang () : 2o — 3y + z—1 = 0. Véc to nao dudi day 1a
motvéc to phap tuyén cia (a)?

A 1 =(2;-3;1). B. ©Wy=(-3;1;—-1). C. n3=(2-3;-1). D. n3=(2;1;1).

31.5 (T16). Trong khong gian Oxyz, cho mit phang (a) : x + 5y — 22+ 3 = 0. Vecto nao dudi day
1a mot vecto phap tuyén ctia (a)?

A 7,=(0;5;-2). B.7ny=(1;5;-2). C. n3=(1;5;2). D. 7y=(5; —2; 3).
31.6 (T17). Trong khong gian Ozyz, cho mat phang (a) : z — 3y + 2z + 1 = 0. Véc to nao dudi day
13 mot véc to phap tuyén ciia mit phing (a)?

A (=3;2;1). B. (1;-3;1). C. (1;2;1). D. (1;-3;2).

31.7. Trong khong gian véi hé truc toa do Oxyz, cho mat phéng (a) : x — 3y — 2z — 6 = 0. Vecto
nao khong phai 1a vecto phap tuyén ctia («)?

A.mw=(1,-3-2). B. 71 =(-1;3;2). C. my=(1;3; 2). D. 13 = (—2; 6; 4).
31.8 (T22). Trong khong gian Ozyz, cho mit phang (P) : 2o — 2y — 2 + 5 = 0. Dudng thang d
vuong goéc véi mit phang (P) c6 mot vectd chi phuong 13

AW =(-2;2;1). B. @ =(-2;-1;5). C. u=(2-2;1). D. @ = (2;2;-1).
2 2 - 2
31.9 (T24). Trong khong gian Ozxyz, mat phang («) song song véi hai dudng thang A, : IT =
r=2+1
y+1 _z | AU ) PR
—] =3V Ay y=3+2t (t€R)coémot vécto phap tuyen la:
z=1—t

A. W= (=56 —-7). B.71=(5-6T). C. 7= (5 —6;7). D. 7= (-56;7).
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31.10. Trong khong gian véi hé truc toa do Ozyz , cho mat phang (o) : 22 — y 4+ 2z — 1 = 0. Vecto
nao dué6i day khong 1a vecto phap tuyén cia (a)?
AT (2;151). B. 7 =(-2;1;-1). C. n=(2-11). D. 7 = (4;-2;2).

) 1
31.11 (T8). Trong khong gian Oxyz, cho mit phang (P) : 3%~ 2y + z+5 = 0. Vecto nao duéi day
Ia vecto phap tuyén ctia mit phang (P)?
A ny=(1;-2;1). B. n3 = (1;-4;2). C. n; = (2;-2;1). D. ny = (—2;1;5).

1. c|[2. B][3. D|l4. Al|5. Bll6. D|[7. C|[s. A]l9. D][10. A][11. B]

Cau 32. Trong khong gian Oxyz, mat phang di qua diem M (1; 1; —1) va vuong goc véi
g 1 -2 -1
duong thang A : x;L . 5 = : ¢6 phuong trinh la

A 224+2y+2+3=0. B.z—-2y—2=0.

C. 2z+2y+2-3=0. D.x—2y—2—-2=0.

Lai giai

Tac gia:Doan Ngoc Hoang; Fb:Hoang Doan

Duong thing A c6 vecto chi phuong @ = (2; 2; 1). Vi mit phing can tim vuodng géc véi A nén né
nhan @ = (2; 2; 1) lam vecto phap tuyén. Vay phuong trinh mat phang can tim la

2 -1 +2(y—1)+z2+1=022+2y+2—-3=0.

Chon dap an (C) O
BAI TAP TUGNG TU VA PHAT TRIEN
32.1 (T1). Trong khéng gian Oxyz, mat phing di qua diém M (1;2;3) va song song v6i mat phang
(P):z —2y+ z— 3 =0 c6 phuong trinh la
Az —-2y+2z+3=0. B. 2+ 2y+32=0.
C.x—-2y+2=0. D z—-2y+2-8=0.
32.2. Trong khong gian Ozyz, mit phang di qua diem M (2; —1; —3) va vuong géc véi truc Oy cb
phuong trinh la
A y+1=0. B. 2+3=0. C.2-2=0. D.y—1=0.
32.3 (T11). Trong khong gian Oxyz , mat phang di qua diém M (1;1; —1) va song song v6i mat
phéng (B) : 2 + 2y + z = 0 c6 phuong trinh la

A 2x+2y+2+3=0. B.z—2y—2=0.
C. 2 +2y+2-3=0. D x—-2y—2-2=0.
32.4 (T12). Trong khong gian v6i hé toa do Ozyz,viét phuong trinh mat phang di qua diém
r=1+4+2t
M (3;2; —1) va vuong goc véi duong thang d: { y = —2—3t (t € R).
z=3+5t
A 22 —-3y+52z—5=0. B. 22 -3y +524+5=0.
C. —2x+3y—52+5=0. D. 22 +3y+52+5=0.
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32.5. Trong khong gian Oxyz , mat phang di qua diém M (1;1; —1) va vuong goéc véi dudng thing
A‘x—i-l y—2 =z-1

c6 phuong trinh la:

A.%x—l—Qy—iQ-z—i-S:O. B. 2x+2y+2z-3=0.
C.rx—-2y—z2=0. D.x—2y—2-2=0.
32.6 (T16). Trong khong gian Ozyz , mit phang di qua A (2 ; 1; 1) v vuong géc v6i dudng thang
r=1+4+2t
A:¢ y=2+1t c6phuong trinh la
z=1-2t
A 2r+y+2-3=0. B. 2r4+y—22-5=0.
C.z+2y+2-5=0. D . 224+y—22-3=0.

32.7 (T17). Trong khong gian Ozyz, mat phang («) di qua diém M (—1; 1; 0) song song véi dudng
r—1 y—2 =41

thing A : 1 5= va vuong goc v6i mat phang (P) : —x +y + 32 — 5 = 0 c6 phuong
trinh la
A bxr—4y+32+9=0. B. 52 -4y +32—-9=0.
C.z+2y+2-3=0. D z+2y+2+3=0.

32.8 (T18). Trong khong gian Ozyz, dudng thang di qua diém M (2;1; —4) va vuong goc véi mat
phing (P) : 2z + 2y — 3z — 8 = 0 ¢6 phuong trinh la

r+2 y+2 =z-3 r+2 y+1 =z-4

A. . B. .
2 1 —4 2 2 -3

C'as—2:y—1:z~|—4. D‘x—2:y—2:z+3”
2 2 -3 2 1 —4

32.9 (T2). Cho ba diem A (3;2;—2) , B(1;0;1) va C (2;—1;3) . Viét phuong trinh mat phang di
qua A va vuong goc BC' .

Alx—y+22—-5=0. B.z+y+22+3=0.
C.r—y+22+3=0. D z+y+2:2-1=0.
32.10. Cho duong thang d : x_—12 = y_—i—ll = Z—;l va mat phang (P) : 2 +y — 2z = 0. Duong
thang A nam trong (P), cit d va vudéng géc véi d c6 phuong trinh la:
r=1+1 r=1-—t r=1-—t r=1+1
A S y=-2 . B.{y=-2 . C.{y=-2+t¢. D. S y=-2
z=—t z=—1 z=—t z=1

32.11 (T24). Trong khong gian Oxyz, phuong trinh mat phing trung tryc ciia doan thing AB
VOiA (3;—2;1) va B(1;0;5) la:

A 22 +2y+42+3=0. B. 2x4+2y+424+6=0.

C. 2r—2y—42—-6=0. D x—y—2243=0.

32.12. (T6 4) Trong khong gian Ozyz , cho hai diem A (1; 3; —4), B(—1; 2; 2). Phuong trinh mat
phang trung truc ctia doan AB 1a?

A dr+2y+1224+7=0. B. 42 — 2y +122+7 = 0.

C. dr+4+2y—122—17=0. D. 42 — 2y — 122 — 17 = 0.

32.13 (T8). Trong khong gian Oxyz, dudng thang di qua diém A (2; —3;4) v& vuong goc véi mit
phang (P) : # — 3y + 5 = 0 ¢6 phuong trinh 1
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r=2+t r=2+t r=1+2t r=—-2+1t
z =445t z=4 z =4t z=—4

1. c|l2. A][3. ¢][4. B||5. B]l6. D||7. A|[8. C|[9. C]|10.D]|[11. D]|12. C][13. B]

s ~

~ 2 2 1 - 2
Cau 33. Trong khong gian Ozyz, diem nao sau day thuoc duong thang d : ? +1 — Y 5 =
z—1

3

A. P(—-1;2;1). B. Q(1;,-2;-1). C. N(-1;3;2). D. M(1;2;1).

Lai gidi

Tac gia: Huynh Pham Minh Nguyén ; Fb: Nguyen Huynh

Theo phuong trinh duong thing, duong thang d di qua diém P(—1;2;1)
Chon dap an @ O
BAI TAP TUONG TU VA PHAT TRIEN

r=14+2t
33.1 (T1). Trong khong gian Oxyz , diém nao dudi day thudc dudng thing d: ¢ y =3 —t ?
z =3t
A. M(1;3;0). B. N(1;3;3). C. P(2; —1;0). D. Q(2; —1;3).
r=3—-2t

33.2 (T10). Trong khong gian Ozyz, diém nao dusi day khong thuoc dudng thangd: { y=1+¢t (t€R)?

z=1t
A. P(3;1;0). B. Q(1; 2; 1). C. N(-1; 3; 1) . D. M (5; 0; —1) .
~ . « 2 ~ e ~ ~ N 2 x + 2 y - 1 Z —‘I_ 1
33.3. Trong khong gian Ozxyz , diem nao dudi day thudoc duong thang d : s = 1 — 3
?
A. P(4,9;3) . B. Q(2;,-1;1). C. N(3;4;2) . D. M (47;2) .
33.4 (T12). Trong khong gian véi hé toa do Oxyz, diém ndo dudi day thuoc duong thing d :
r=1+3t
y=-2+t (teR).
z=3+51
A. M (3;1;5). B. N (1;-2;3). C. P(4—-1;-2). D. Q(-2;-1;-2).
2 2 1 - 1
33.5. Trong khong gian Oxyz, diem nao dudi day khong thudc duong thang d : x—?l)— _ 5 =
z— 3?
—2
A. M (2;3;1). B. N (5;5;—1). C. P(—4;—-1;1). D. Q(-7;,-3;1).

33.6 (T16). Trong khong gian Oxyz, diém nao sau day khong thuoc duong thing
r+2 y—1 z-4
d: = = 7.
2 -3 2
A M (-2;1;4) . B. N (0;-2;6) . C. P(4;-8;10) . D. Q(2;—5;4) .
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? 2 - 2 1
33.7 (T17). Trong khong gian Ozyz , diem nao dudi day thuoc duong thang d : ? 5 = y—;— =
2—1—3?
1
A (2; -1; -3). B. (-2;1;3). C.(-3;2;1). D. (3; -2;1).

33.8 (T2). Trong khong gian Oxyz, diém nao sau day thudc dusng thang di qua hai diém A (1; 2; —1)
va B(—1;1;1)?
A. M(3;3; =3). B. N(3; -3; -3). C. P(-3;3;3). D. Q(3;3;3).

—

33.9 (T21). Trong khong gian v6i hé truc toa do Oxyz, cho @ = (2;-3;3), b = (0;2;—-1), ¢ =
(3;—1;5). Tim toa do cita vects @ = 2@ + 3b — 27C.
A. (10;—2;13). B. (—2;2;-7). C. (—2;—-2;7). D. (-2;2;7).

33.10 (T22). Trong khong gian Oxyz, cho mat cau (S) : 22 +y?> + 22 — 42— 2y + 22 -3 =0 va
mot diem M (4;2; —2). Ménh dé nao sau day 1a ding?

A. Diém Mla tam ctia mit cau (9). B. Diém Mnam trén mat cau (5).
C. Diém Mnim trong mit cau (9). D. Diém Mnam ngoai mat cau (S).
. 5 1
33.11 (T24). Trong khong gian Oxyz, diéem nao dudi day khong thudc duong thang A : x—;— =
y+1 z+1 o
3. 4
A. P(—1; —1; —1). B. Q(1; 2; 3). C. M(0; 1; 2). D. N(3; 5; 7).
r=1+3t
33.12 (To6 4). Trong khong gian Oxzyz , duong thing d : { y = —2 — 4t di qua diém nao
z2=3—->51
A (—1;2;,-3) . B. (-2;2;8) . C. (-3;4;5) . D. (3;—4;-5) .

33.13 (T8). Trong khong gian Ozyz, duong thang nao sau day di qua diém (—1; 3; 2)?
r+1 y—-3 2-2 r+1 y—2 =z2-1

A d: = ) B. d;: = .
2. 1 33 3 4

coa ¥t _y—2_z2-1 D. APt YES _Ehe
1 3 2 1 3 3

1. All2. ¢][3. All4. B||5. D|l6. D||7. A|[8. All9. B]|10.C]|[11. C][12. B][13. A]

Cadu 34. Trong khong gian Oxyz, vecto nao dudi day la mot vecto chi phuong ctia duong
thang di qua hai diem M (2; 3; —1) va N (4; 5; 3)?
A dy=(1;1;1). B.uz=(1;1;2). C.u;=(3;4;1). D. dy=(3;4;2).

Lai gidi

Tac gia: Thu Ha ; Fb: Thu Ha

MN=(2:2;4)=2(1;1;2).

Duong thang di qua hai diém M (2; 3; —1) va N (4; 5; 3) ¢6 mot vecto chi phuong 1a @ = (15 1; 2)

Chon dap an O
BAI TAP TUGNG TU VA PHAT TRIEN
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) -2 1
34.1 (T1). Trong khong gian Oxyz, dudng thang d : JET = g _Z +1 nhan vectd nao sau day

lam vecto chi phuong?
A ur = (1;2;1). B. u; = (2;4;2). C. uz=(-2;,-4;2). D.u3=(-1;2;1).

34.2 (T10). Trong khong gian OzyzchoM (1; 2; 3), Goi N 1a hinh chiéu ctia M len (Ozy). Vecto
nao dudi day 14 mot vects chi phuong ciia dusng thing di qua hai diem M va N?

A wy=(1;2;0). B. W3=(1;0;0). C. u;=1(0;0;1). D. W, =(0;1;2).
34.3 (T11). Cho diém A (1;—2;3), B(—3;4;5) . Toa do I trung diém ctia doan AB la:
A (1;,-2;1) . B. (—1;1;4) . C. (2,0;1) . D. (-1;1;0) .

34.4 (T12). Trong khong gian v6i he toa do Ozyz , cho mat phang (P) di qua goc toa do va vuong
gbc voi duong thang di qua hai diem A (1; 2; 5) va B (—1; 4; —3). Vecto nao dudi day 1a mot vecto
phép tuyén clia mat phang (P)?

A np=(1; —1; 4). B. 1y = (0; 3; 1). C. n3 = (1; 2; 5). D. ng = (—1; 4; -3).
34.5 (T13). Trong khong gian Ozyz, vectd nao dudi day la mot vecto chi phuong clia duong thang
di qua hai diém M (—3;2;1) va N (3;5;1) ?

— — — — 7
A uwy=(0;7;2). B. w3=(2;1;0). C. uy=(2;0;1). D. uwy = (0;5;1).

34.6 (T16). Trong khong gian Ozyz, vectd nao dudi day 1a mot vecto chi phuong clia duong thang
di qua hai diém A (2; 4; 5) va B(—4;2; —3)?

A Wy=(-3;1;4). B. Uz=(3;1;4). C. u;=(4;8;1). D. Uy =(3;4;2).
r =2t
34.7 (T17). Trong khong gian Oxyz, cho dudng thang d: { y = 3 — 4t. Vecto nao dudi day 14 mot
z=1+6t
vecto chi phuong ctia duong thang d?
A Wy =(2;3;1). B. W3=(1;-2;3). C. 4= (1;23). D. Wy = (0;3;1) ..
r=4+1
34.8 (T18). Trong khong gian Oxyz, cho diem A (9;2; —4) va dudng thang d : { y = —2¢ . Duong
z =1+ 3t
thing d’ di qua A vuong goc va cat duong thang d c6 mot vecto chi phuong 1a ?
A. uy = (5;—4;4). B. u3; = (3;0;-1). C. uz = (3;0;1). D. u; = (3;2;-2).

34.9 (T2). Trong khong gian Oxyz, cho ba diém A (1;0;6), B (0;2; —1),C (2;4;3). Vecto nao dudi
day 1a mot vecto chi phuong ctia duong thing chia trung tuyén AM ciia tam giac ABC?

A ug = (2;3;7). B. u; = (0;-3;5). C. u3 =(2;1;8). D. uz = (0;1;—4).
34.10 (T22). Trong khong gian Ozyz, duong thing A la giao tuyén clia hai mat phang (a) :
x4+2y+z—1=0va (B):x—y—2+2=0. Vecto nao dudi day la mot vects chi phuong ciia duong
thing A ?

A Uy=(-1;-1;-3). B. uz=(1; -2; -3).

C. Uy =(-1;2;3). D. Uy =(1; —-2; 3).

34.11 (T24). Trong khong gian Oxyz, vectd nao sau day la mot vectd chi phuong ctia duong thang
A‘x—Q_y—i-l_z—l

2 4 2
A ur =(2;-1;1). B. w3 =(-1;-2,—-1). C. u3=(-2;1;-1). D. ugy=(2;—4;2).
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34.12. Trong khong gian v6i hé truc Oxyz, cho tam giac ABC ¢6 A (—1;3;2), B(2;0;5) vaC (0; —2;1).
Phuong trinh trung tuyén AM cla tam gidc ABC 1a

A'x+1:y—3:z—2. B'x—1:y+3:z+2.
-2 —2 —4 2 —4 1
C'x—2:y+4zz—1. D‘x+1:y—3:z—2‘
-1 3 2 2 —4 1

34.13 (T8). Trong khong gian Oxyz, vectd nao dudi day 14 mot vecto chi phuong ciia duong thing
di qua hai diém A (3;—2; —1) va B (1;-2;3)?
A up = (1;0;2) . B. u3 = (1;0;-2) . C.ut=(-20,—-4). D.u=(402).

1. ¢|l2. ¢][3. B][4. Al|5. B]l6. B||7. B|[8. B|l9. B]|10.D]||11. B]|12. D][13. B]

Cau 35. Trong khong gian Ozyz, cho mit cau (S) c6 tam la diem I (0; 0; —3) va di qua diém
M (4; 0; 0). Phuong trinh mat cau (9) la
A 224+ 4%+ (24 3) = 25. B. 22+ 4° + (2 +3)°
C. 22+ ¢?+ (2 —3)> = 25. D. 22 +y® + (2 —3)°

d.
D.

Lai giai

Tac gia: Tran Van Tan ; Fb: Tran Van Tan

Do mit cau (S) c6 tam I (0; 0; —3) va di qua diém M (4; 0; 0) nén ban kinh mit cau (9) la

R=1IM = \/(4=0+(0—0)°+(0+3)7 =5

Vay phuong trinh mit cau (S) 1a 22 + 92+ (2 +3)> = 25
Chon dap an @ O
BAI TAP TUONG TU VA PHAT TRIEN

2 - 2 2
35.1 (T1). Trong khong gian Oxyz, cho dudng thang A : ’ = % - . va mat phang

(P) :2r —y+2—3 = 0. Goi (S) la mat cau c6 tam I thuoc A va tiép xic véi (P) tai diem
H (1;—1;0). Phuong trinh cta (S5) la

A. (x—3)2+(y+2)2+(z—1)2 — 36. B. (z—3)°+(y—2)°+ (2 —1)° = 36.

C. (z-3°+@w+2>+(z-17>=6. D. (z—-3°+{y—2°+(z—17=6.

35.2. Trong khong gian Oxyz, cho mit cau (S) c¢6 tam la diem I (—2; 5; 0) va tiép xtc v6i mat
phang (P) : 2z + 3y — z + 3 = 0. Phuong trinh mat cau (S) 1a

A (z -2+ (y+5)° + 22 = 19. B. (z—2)°+(y+5)° +22 = 14.

C. (z+2)°+ (y —5)* + 22 = 196. D. (z+2)°+(y—5)"+22=14.

35.3 (T11). Trong khong gian Ozyz , viét phuong trinh mit cau (S) c6 tam la diém I (0;0; —3) va
dude cit bdi mat phang (a) : 2z +y + 22 — 3 = 0 theo giao tuyén la dusng tron (C) c6 ban kinh
bang 4.
A 2?92+ (2 +3)° = 25. B. 22 + 4%+ (2 +3)°
C. 22+ ¢y°+ (2 —3)> = 25. D. 22 +y* + (2 —3)°

D.
D.
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35.4. Trong khong gian Oxyz, cho mit cau (S) c6 duong kinh AB vé6i A (1;2;3), B (3;4;5) . Phuong
trinh cta (5) la:
A (z—224 =37+ (z—4)° =3 B. (z 27+ (y—3)7+(z—4)°=12.
C. (+2°+W+3)°+(z+4)>=2V3. D. (z—274(y—-3)7+(z—4)° =3
35.5. Trong khong gian Oxyz cho mat cau (S) c6 tam la I(0;0;1) va tiép xtic v6i mit phang
() : 22 — 22 + z + 8 = 0 Phuong trinh cta (5) 1a
A 22 +92+(z24+1)7=9. B. 22 +92+(2+1)°=3.
C. 224+ (z2—17=9. D 224+ +(z-17=3.
35.6 (T16). [Mic do 2] Trong khong gian Oxyz , cho mat cau (S) ¢6 tam 1a diém 7 (0; 0; 4) va di
qua diém M (0; —3; 0) . Phuong trinh ciia (S) 1a
A 2242+ (24+4)°=25. B. 224+ 4%+ (2+3)°=25.
C.2°+y>+(z2-3)°=5. D. 2> +y>+ (2 —4)"=25.
35.7 (T17). Trong khong gian Ozyz, cho hai diém A (1; —1; 3) va B(3; 1; 1). Viét phuong trinh
mit cau duong kinh AB.
A (z-2°+12+(2—2)7=3. B. (427 +12+ (2+2)> = V3.
C. (z—2°+12+(2—2)7=3. D. (z+2)°+13>+ (2 +2)° =3.
35.8 (T18). Trong khong gian Ozyz , cho 3 diém: A(1;3;0), B(—1;1;2),C (1;—1;2) . Mat cau
(S)co tam I 1a trung diém doan thiang AB va (S) di qua diém C. Phuong trinh mit cau (S) 1a:
A (z+1)°+w+1)>+(z-1)7=5. B. 224 (y+2)°+ (z+1)* =11
C.2%+(y—2"+(z—17=11. D. 2%+ (y—2)° + (2 +1)* = VII.
35.9 (T2). Trong khong gian Oxyz, cho hai diém A (1;3; —4) va diem B (3; —1;0). Mat cau (S) c¢6
duong kinh AB ¢6 phuong trinh 1a
A (42 + W+ 1)+ (2-2)7° =3 B. (z-2°+@y-17+(z+27=09.
C.(z+2°+Ww+1)°+(z-27=09. D. (z-2°+@y-17+(z+2)7=3.
35.10 (T22). Trong khong gian Oxyz , c6 tat ca bao nhiéu gia tri nguyén ciia tham s6 m dé phuong
trinh 22 + 9% + 22 + 4max + 2my — 2mz + 9m? — 28 = 0 1a phuong trinh mit cau?
AT B. 8. C. 9. D. 6.

35.11 (T24). Trong khong gian Oxyz,phuong trinh mat cau (S)c6 duong kinh ABv6i A (2; 1;1),B(0; 5; —1)1

A (z—1)°+(@y—37+22=6. B. (z— 1)+ (y—3)* + 2% = 36.

C. (z4+ 17+ (y+3)7>+22=6. D. (z—1)°+(y—3)°+22=6.
35.12. (T6 4) Trong khong gian Ozyz, cho hai diem A (1;2;3), B(—1;4;1). Phuong trinh mit cau
c6 duong kinh AB la

A (z+1)°+y—-4"+(z-17=12 B. (z—1)7+(y—2)°+(z—3)7=12.

C. 224+ (y—37+(z-2°=3. D. 224 (y—3)° + (z —2)° = 12.
35.13 (T8). Trong khong gian Oxyz , cho mit cau (S)cé tam la diém I (2; —1; 3) va tiép xiic véi
mit phang (P) : 2z — y + 2z + 4 = 0. Phuong trinh ctia (S) 1a

A (z+2°+ @y -1+ (z+3)° =5 B. (z—27+y+1)°+(2—3)°=5.

C. (4+2°+ (y—1)*+ (2 +3)* = 25. D. (z—2)°+ (y+1)° + (2 — 3)* = 25.

1. ¢||2. D|[3. Al[l4. D||5. C]l6. D||7. A|[8. C|[9. B]|10. A]|[11. D]|12. C][13. D]
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& Phan 2. Miic d6é van dung

Tu trang 69 dén trang 105

Cau 36. Chon ngau nhién mot s6 tit tap cac so tir nhién c6 ba chit s6 doi mot khac nhau. Xéc

suat dé sé duge chon c6 tdng cac chit s6 1a chin bang
41 4 1 1
A —. B. —-. C. -. D. —6
81 9 2 81

Lai gidi

Tac gia:Doan Ngoc Hoang; Fb:Hoang Doan

GoiA 1a bién cb: “ S6 duge chon c¢6 tong céac chit 86 1a chin . Ta c¢6 |Q| = 9.A42 = 648.

Vi s6 duge chon c6 tong cac chit s6 1a chn nén c6 2 trudsng hop:
1. C4 3 chit s6 déu chén.
™ C6 mat chit s6 0.Chon 2 chit s6 chén con lai c6 C%, = ¢6 (3! —2) C? = 24 sb.
@ Khong c6 mit chit s6 0. Chon 3 chit s6 chén c6 C3, = c6 3!C5 = 24 sb.
2. C6 2 chit s6 18 va 1 chit s6 chén.
™ C6 mat chit s6 0. Chon 2 chit s6 18 ¢6 C2, = c6 (3! — 2) C2 = 40 sb.

™ Khong c¢6 mat chit s6 0. Chon 2 chit s6 1¢ ¢6 CZ, chon 1 chit s6 chén c6 4 = c6 314.C2 = 240
56. = Q] = 24 + 24 + 40 + 240 = 328.

328 41

a P A = —— = —

Vay P(A) = 505 = 81
Chon dap an @ 0

BAI TAP TUGNG TU VA PHAT TRIEN
36.1 (T1). Goi S la tap hgp céc s6 tu nhien c6 4 chit s6 khac nhau. Chon ngau nhién mot so ti
tap S. Tim xac suat dé s6 duge chon cé céc chit s6 sap xép theo thit ty ting dan va khong chita hai
chit s6 nguyén nao lién tiép nhau.
A . B. 2. c. 2 D. >
36 3 63 1512
36.2. Goi P la tap hop tat ca cac sd tu nhién c6 4chit s6 phan biet. Chon ngau nhién mot s6 ti P.

Xac suat chon dude s 16n hon 3400 1a
18 20 22

. —. B. —. C. —. D. —.
25 23 27 25
36.3 (T11). Mot hop chia 15 cai thé duge danh s6 tit 1 dén 15, rit ngdu nhién ba cai thé. Xac

suat dé rat duge ba cai thé co tong cac sé ghi trén ba thé 1a s6 1é bang:
A 8 32 16 24

—. B. —. C. —. D —.

65 65 65 65

36.4 (T13). Cho tap hop S ={1,2,3,...,17} gom 17 s6 nguyén duong dau tien. Chon ngau nhién
3 phan ti ctia tap S. Tinh xac suat dé tap hop con chon dudc c6 tong cac phan tit chia hét cho 3.

A B. 22 c. = D. 2.
68 34 17
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36.5 (T16). Chon ngau nhién mot sb tit tap hop s6 ¢ ba chit s6 khac nhau. Xac suat dé chon duge

s6 chia hét cho 3 bang
35 17 p 16

L — B. —. .
108 54 81
36.6 (T17). Chon ngau nhién mot s6 tit tap cac s6 ty nhien ¢ ba chit s6 doi mot khac nhau. Xéc

suat dé s6 duge chon chia hét cho 3 1a
19 7
A. 7k B. T2 D. TR

36.7 (T18). Chon ngau nhién mot s6 tit tap cac so tu nhien c6 bon chit s6 doi mot khac nhau. Xéc

1
C. 0

| =

2
C. 0

W

suat dé sé6 dugce chon cé téng cac chit sé 1a chin bing:
— B. . c L+
21 21 189
36.8 (T2). Cho 100 tam thé duge danh sb lien tiép tit 1 dén 100, chon ngdu nhien 3 tam thé. Xéac

suat dé chon duge 3 tam thé c6 tong cac s6 ghi trén thé 1a sé chia hét cho 2 1a
5) 1 5) 3
A P=-. B. P=-. . P=—-. D. P=-.
6 2 C 7 4
36.9. Cho tap hop A = {1; 2; 3; 4; 5}. Goi S 1a tap hop tat ca cac s6 tu nhién c6 it nhat 3 chit sb,

cac chit s6 doi mot khac nhau duge lap thanh tit cac chit s6 thuoc tap A. Chon ngau nhién mot s6

D.

N | —

tir tap 9, tinh xac xuat dé sé duge chon c6 tong cac chit s6 bang 10.
3 22 2
. —. B. —. C. —. D —..
30 25 25 25
36.10 (T24). Chon ngau nhién mot s6 ti tap cac so tu nhién c6 3 chit s6 doi mot khac nhau. Xéc

suat dé so6 duge chon 1a mot s6 chia hét cho 4 bing:

A2 B. 2. c. & D. .
72 81 36 o4

36.11. Chon ngau nhién ba s6 phan biét a,b,c tit tap S = {1,2,...,50}. Xac suat dé a® + b? + ¢

chia hét cho 3 bang
108 101 C 409 187

L — B. —. L —. D —.
1225 290 1225 560
36.12 (T8). Chon ngdu nhién mot s6 tit tap cic chit s6 ty nhien c¢6 ba chit s6 doi mot phan biét.

Xac suat dé sé duge chon c6 tong cac chit s6 1a 18 bang
41 4 1 4

A —. B. -. C. - D. —0

81 9 2 81

1. D|[2. ¢]|[3. B]l4. B||5. All6. Al|7. A|[s. B]|9. B]|10. B][11. C][12. D]

Cau 37. Cho hinh chép S.ABCD c¢6 day la hinh thang, AB = 24, AD = DC =CB =a,SA
vuong géc véi mit phang day va SA = 3a. Goi M la trung diém AB. Khoang cach giita hai
duong thang SB va DM bang

3a 3a 3v/13a 6v/13a

A —. B. . . . D. .
4 2 C 13 13

Lai giai

Tac gia:Doan Pha Nhu ; Fb:Nhu Doan
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N 1
Ta ¢6 BCDM la hinh binh hanh (vi C'D song song va bang BM ) nén DM = BC = §AB suy ra
tam gidc ADB vudng tai D. Tuong tu tam giac AC'B vuong tai C'.
Vi

DM J/CB = DM J/(SBC) = d (DM, SB) — d(DM, (SBC)) — d(M,(SBC))
_ %d (A, (SBCY)

BC 1 AC
Ta c6 = BC 1 (SAC) = (SBC) L (SAC),

BC 1 SA
do d6 goi H 1a hinh chiéu vuong goc ciia A len SC thi AH L (SBC) = d (A, (BC)) = AH.
o T 1 1 1 1 4 3a
Trong tam giéc vuor;g SAC ta co 12 - SAo + A0~ 9a2 + 32 = 02 = AH = 5
Vay d (SB, DM) = Z“

Chon dap an @ O

BAI TAP TUGNG TU VA PHAT TRIEN
37.1 (T1). Cho hinh chép S.ABCD c6 day ABC'D la hinh thang vuong tai A va D, AB = 3a, AD =
DC = a. Goi I la trung diém ctia AD, biét hai mat phang (SBI) va (SCI) ciing vuong géc véi day
va mit phang (SBC) tao v6i didy mot goc 60°. Goi M diém treén AB sao cho AM = 2a, tinh khoang
cach gitta M D va SC.

A VT . WIS c. ©6 D, &3

5) 10 19 15

37.2 (T10). Cho hinh chép S.ABCD c¢6 day la hinh thang vuéng tai B, C'; AB = 3a, BC =CD =
a, SA vuong goc v6i mat phang day. Goc gitta SC va mit phing day bang 30°. Goi M 1a diém thudc
canh AB sao cho AM = §AB. Khoang cach giita hai dudng thang SB va DM bing

3av/370 B a/370 C 3av/37 D aV/37
37 37 13 13
37.3 (T11). Cho hinh chép S.ABC ¢6 day la tam gidc déu canh 2a. Hinh chiéu vuong goéc cia S
tren mat phang (ABC) la trung diém H ctia canh AB. Goc gitta duong thang SC' va mit phang
(ABC) bang 30°. Tinh khodng cach giita hai duong thang BC va SA.
A 2V2L B, W2 c. 2T . YT
7 7 7 7
37.4 (T12). Cho hinh hop ch@t nhat ABCD.A'B'C'D’ ¢6 AB = 2a, AD = AA" = a. Khoang céch

gitta hai dudng thang AC va DC’ bang

A.
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N B. 03, c. o3, p. %
3 2 3 2

37.5. Cho hinh chép S.ABCD c6 day ABCD la hinh thang vuong tai A va B ¢6 AD = 2a ,
AB = BC = a va SA L (ABCD) , SA = av/2 . Khodng cach giita hai dusng phing SB va DC
bang

A V10 B YT c. W6 p, VI

5 3 3 5

37.6 (T16). [Mic do 3] Cho hinh chép S.ABCD c6 day la hinh thang, AB = 2a , AD = DC =
CB = a , SA vuong géc v6i mit phang day . Goi M 1a trung diém ctia AB . Khoang cach giita hai
duong thang CM va SD bing

A.%‘l. B.%“. C. aV3. D.“‘f.
37.7 (T17). Cho hinh chép S.ABCD c6 day ABC'D la hinh thang vuong tai A va B, AB = BC' =
a,AD = 2a, SA = a va vuong géc véi (ABCD). Tinh khoadng céach gifta hai duong thing SD va

AC

) B 0V c. Yo p. YO
3 2 2 3
37.8 (T18). Cho hinh chép S.ABCD c6 dédy la hinh chit nhat, AB = a, AD = 2a. H la diém thuoc
AC sao cho fl_]C’{ = % va SH L (ABCD), SH = 2a. Goi G la trong tam tam gidc SAD. Khoadng
cach gitta hai duong thang CG va SB
A. “‘3/6 . B. af. C. ‘“3/5. D. “f.

37.9 (T2). Cho hinh chép S.ABCD, cé day la hinh thang c6 day 16n AB, SA vudng géc mat phang
1

day, AD = CD =CB = §AB = 2a , SA = a/3 (minh hoa hinh duéi day). Khoang céch giita hai

dudng thing SD va CB bing

2
A O3 B. aV6. c. W2 b, ©Y6.
2 3 2
37.10 (T22). Cho hinh chép S.ABCD c6 day la hinh thang, AB = 2a, AD = DC =CB=a,SA
vuong goc véi mit phang day va SA = 2a . Tinh khoang cach gitta hai dudng thang SC va BD .
3a 6a a 2a
A —. B. —. C. -. D. —.
2 5) 2 )
37.11 (T24). Cho khéi lang tru tam giac ABC.A'B'C" c6 day ABCla tam gidc déu. Biét AA =
AB = a. Cac mat bén (A’AB)va (A’ AC)ctng hop véi day (ABC) 1 gée 60°. Thé tich khdi lang tru
ABC.A’'B'C" bang?
3 3 3 3
A 3VT g, VT c. 2 p. YT
28 1 NG 28

— 6
37.12. Cho hinh chép S.ABCD c6 day 1a hinh thoi canh a, BAD = 120°, SA = % va vuong goc

vai day. Goi G, G lan luot 1a trong tam cac tam giac ABC va SAB. Khoang cach gitta hai duong
thang CD va GG, bing
AL B. . c. 2. D.
2 6 3
37.13 (T8). Cho hinh chép S.ABCDcé day ABCD 1a hinh thang vuong tai A, D, AB = 2a,
AD = DC = a, SAvuong géc v6i mit phang day va SA = 4a. Goi Mla diém trén SDsao cho
SM = 2M Dva Ola giao diém ctia ACva BD. Khoang cach giita hai dudng thang BC va OM.

e
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A B. 2 c. 2 D 2
9 3 1 1
| |

1. B|[2. B][3. All4. Al[5. All6. D][7. D|[8. A][9. D|[10.D][11. A][12. C][13. A]

mx — 4

Cau 38. Cho ham s6 f (z) = (m 1a tham s6 thuc). C6 bao nhiéu gia tri nguyén cta
x —

m dé ham s6 da cho dong bién trén khoang (0; +00)?
A. 5. B. 4. C. 3. D. 2.

Lai giai

Tac gid:Tran Vinh ; Fb:Vinh Tran
Tap xac dinh ctia ham s6: D = R\ {m}
, 4 —m?
fHa) = ——
(z —m)

Dé ham s6 dong bién trén (0; +o0)

f'(z) >0 4—m?>0 —2<m<?2
& & = &S —2<m<Q0.
m <0 m <0 m <0

Do m nhan gia tri nguyén nén m € {—1;0}. Vay c¢6 2 gia tri nguyén ctia m théa méan bai toan.
Chon dap an @ OJ
BAI TAP TUONG TU VA PHAT TRIEN
(m+1)v/-2x+3—-1

2
—V=2r+3+ —
m

? . £ 1
dé ham s6 da cho nghich bién trén khoang (—5; 1) c6 dang S = (—o0; a)U (b; ¢]U[d; +o0) , véi

38.1 (T1). Cho ham s6 f(z) = ('m # 0 va la tham s6 thuc). Tap hop m

a, b, ¢, dlacacso thuc. Tmh P=a—-b+c—d.
A -3. B. —1. C. 0. D. 2.

. 3 .
38.2. Cho ham s6 y = 23 — 322 + 2 (m2 —3m+ 5) x 4+ 2020(m 1a tham s6 thuc). C6 bao nhiéu

gia tri nguyen ctia m thudce nita khoang (—2020 ; 2020] dé ham s6 da cho dong bién trén trén khoang

(0; 4)?
A. 2019. B. 4040. C. 4038. D. 2020.
. (m+1lz+4 £ ) o .
38.3 (T11). Cho ham s6 f (x) = B e— (mla tham so thuc). C6 bao nhiéu gia tri nguyén
ctia m dé ham s6 da cho nghich bién trén khoang (0; +00)?
A. 4. B. 3. C. 2. D. 1.
.oz —ma +3m + 4 X p ) o .
38.4 (T12). Cho ham so f (x) = o (m la tham s6 thuc). C6 bao nhiéu gia tri nguyén
m dé ham s6 nghich bién trén khoang (2; +00)?
A1 B. 2. C. 3. D. 4.

38.5 (T13). Cho ham sb6 y = %xg’ —(m+1)z+m(m+2)x+ 1. Tap hop tat ca cac gia tri thuc
ctia tham s6 m dé ham s6 dong bién trén khoang (3;7) 1a

A. (—o0;1) . B. (—o0;1] .

C. (—o0;1JU[7;400) . D. (—o0;1) U (7;400) .
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. -9 .
38.6 (T16). [Mic do 3] Cho ham s6 f (z) = me ( m 1a tham s6 thuc). C6 bao nhiéu gia tri
x —
nguyén ctia m dé ham s6 da cho dong bién trén khoang (1; +oc) ?
A 5. B. 4. C. 3. D. 2.

38.7 (T17). Cho ham s6 f (z) = ﬂ;x__ )

(m 1a tham sb thuyc). C6 bao nhiéu gia tri nguyen duong

ctia m dé ham s6 da cho nghich bién trén khoang (5; +00)?

A. Vo sb. B. 4. C. 3. D. 2.
N % o . . 2 21~ % sin +m . ‘£ ~ Iy
38.8 (T18). Tim tat cd cac gia tri thuc cia m dé ham s6 y = ——— nghich bién trén khoang
sinx —
(5i7) *
A m>-1. B m>-1. C. m<-—-1. D m<-—-1.
7 PN sz . ~ ~ 2 A 2 N A 4x + m X < X
38.9. C6 bao nhiéu gia tri nguyén am ctia tham s6 mde ham s6 y = —— dong bién (0;1).
20 +m+3
A 1 B. 5. C. 4. D. 3
. 1 2 2 ) D
38.10 (T21). Cho ham sb y = (" )gf MF 2 (nla tham s8). Tap hop tat & céc gid tri thuc
T +m
ctia tham s6 m dé ham s6 da cho nghich bién trén khoang (—1; +oo)la:
A. [1; 2). B. (2; +00).
C. (-1;2). D. (—o0; 1) U (2; +00).

38.11 (T22). Cho ham s6 y = 2 + (1 — 2m)z* 4+ (2 — m)z + m + 2. C6 tat cd bao nhiéu gia tri
nguyén ctia tham sé m trén doan [ — 10; 10] dé ham s6 dong bién trén khodng K = (0; +o0) .

A. 10 10. B. 12. C. 21. D. 9.
(m+4)z + 12

38.12. Cho ham s6 f (z) = (m la tham s6 thuc). C6 bao nhiéu gia tri nguyén ctia m

., rT+m
de ham s6 da cho nghich bién trén 16 ?
A. 5. B. 4. C. 3. D. 2.
Z - 1 Z Z P 2
38.13 (T8). Cho hamsoy = m (mla tham so thuc). Tim tat ca cac gia tri thuc cia m de ham
r—m
s6 nghich bién trén khoang (—1; 3).
m < —1 m < —1
A . m>1. B. . C. i D. m>3.
m >3 m > 1

1. All2. ¢][3. D][4. C||5. C][6. B||7. D|[8. C|l9. C]|10. A][11. B]|12. D][13. D]

Cau 39.
Cho ham s6 f (z). Haim s6 y = f’'(z) ¢6 do thi nhu y )
bién trén khodng nao dudi day? N
A. (1;§). B. (0;1). 1
2 2 -2 0

hinh bén.Ham s6 g () = f (1 — 2z) + 2* — x nghich
1
2 4

C. (—-2; —-1). D. (25 3).

L&i giai
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Tac gia : Lé Nguyén Trong Hiéu; Fb : Lé Nguyén Trong Hiéu

1. Cach 1: Taco: g(z) = f(1 —2z)+2? —x = ¢ () = =2f" (1 — 22) 4+ 22 — 1.

) P —2
Ham s0 nghich bién < ¢' () <0< f/ (1 —2x) > — ’
N P t
Xét sy tuong giao ctia do thi ham s6 y = f'(t) vay = —3
Y
f(t)
R 1
i 2 4
—9 0 i x
e ‘
__t
Y773
o t —2<t<0
Dua vao do thi ta c¢6: ' (t) > —= = )
2 t>4
1 3
' —2<1-22<0 5 S%¥<j3y
Khi dé: ¢’ (z) < 0 & &
1 -2 >4 re_3

2. Cach 2: Taco: g(x)=f(1—2x)+ 2> —z=¢ ()= -2f (1 — 2x) + 2z — 1.

g’(x):O<:>f’(1—2x):—1_22x.

NN P N t
Xét sy tuong giao ctia do thi ham s6 y = f'(t) vay = —3

Yy
f(t)
N 1
|
|
1 2 4
-2 O i T
|
|
|
|
|
_2 ,,,,,,,,,,,,,,,,,,,
__t
y=73
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3
t=—2 1—20=-2 |"7 3
N t
Tfrd@thitacé:f’(t):—§<:> t=0 .Khidé:¢g(x)=0& |1-22=0 < I:%
t=4 1—2x=4 3
T =—=
) L 2
Ta c6 bang xét dau:
e | oo 3 1 3 o
2 2 2
g (z) — 0 + 0 — 0 +
N 2 7 £ X N S . c X ~ z 2 3 N 1 3
Dura vao bang xét dau, ta thay: ham so nghich bién trén cac khoang | —oo; —5 va 375 )
Chon dap an (A) O

BAI TAP TUGNG TU VA PHAT TRIEN
39.1 (T1). Cho ham s6 y = f (z) va f (z) > 0, Vo € R . Biét ham s6 y = f’ (z) c6 bang bién thién

1 1
nhu hinh véva f (= | = 137 .
2 16
T —00 0 1 400
Y + 0 - - 0 +

| T 7

C6 bao nhiéu gia tri nguyen ciia m € [—2020; 2020] dé ham s6 g (z) = e~ +4m2=5 . f (1) dong bién

trén | —1;= | .
A. 4040. B. 4041. C. 2019. D. 2020.
39.2.
Cho ham s6 f (z) . Ham 6 y = f’(x) ¢6 do thi nhu hinh bén. y
Ham s6 g (z) = f | 2% — % —21In x nghich bién trén khoédng nao
dui day?

39.3 (T11).
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Cho ham s6 f(z). Ham s6 y = f’(x) c6 do thi nhu hinh vé.Ham s6
3

g(z)=f2—2)+ % — 22% + 3x + 2 dong bién trén khoang nao dudi

day?

A. (—o0;—1).  B. (1;4). C. (4;400). D. (2;3).
39.4.
Cho ham s6 f(x). Ham s6 f’(z) ¢6 do thi nhu hinh bén.Ham Y
4
s6 g (z) = f (2% — 2x) — xz + 2% — 2x? + 2x nghich bién tréen
khoang nao duéi day?
A. (1;2). B. (-1;1). C. (=2;1). D. (2;3).
39.5.
Cho ham s6 y = f () ¢6 dao ham trén R. D6 thi ham s6 nhu hinh y

vé ben duéi.Ham s6 g (x) = 2f (x +2) + (z + 1) (z + 3) nghich
bién trén khodng nao duéi day ?

A. (=3;-2). B. (-1,0). C. (-2; -1). D. (2;3). - ;
39.6 (T16).
Cho ham s6 f(z). Ham s6 y = f'(z) c6 do thi nhu hinh
ben.Ham s6 g (z) = f (322 — 1) — gx‘l + 32? dong bién tren
khoang nao dwéi day?  ~_ 3¢------
2V3 -3 V3 V3 1
A | —— —|. B. (——;—|. |
3 3 3 3 —4 1
2 0 3 z
C. o;%g . D. (1;2). ;
777777777 4
39.7 (T17).
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Cho ham s6 f (x). Ham s6 y = f’ (z)c6 do thi nhu hinh bén.
Ham s6 g (z) = f(2x —1) + 42% — 6z + 1 dong bién trén
khoang nao dudi day?

CETT ey

C. (-2; —-1). D. (-2; 3).

39.8 (T18).

Cho ham s6 y = f(x) .D6 thi ham s6 y = f’(z) nhu hinh bén dudi \

va f(—=2) = f(2) = 0. Haim s6 g (z) = [f (3 — z)]* nghich bién tren

khodng nao trong cac khodng sau ? Biét f’(x) 1a ham bac 3.

A. (2; +00).  B. (1;2). C. (2;5). D. (5; 400

39.9 (T2).
Cho ham s6 y = f (z). Ham s6 y = f’ (x) ¢6 do thi nhu hinh vé.
S6 diém cyc tri clia do thi ham s6 y = g (x) = f (2% — 42 + 3) —
3(:C—2)2+%(:c—2)4 1

A. 6. B. 7. C. 8. D. 9.

39.10.
Cho ham s6 y = f (z) ¢6 dao ham trén R. Do thi cia ham
s6 y = f'(x) nhu hinh vé du6i day. Him s6 y = g (z) =
2f (x) — (z 4+ 1)>. Meénh dé nao dudi day 1a dang?

A. Ham s6 y = g (z) nghich bién trén khoang (1;3).

B. D5 thi ham s6 y = g (z) c¢6 2 diém cyc tri.

C. Ham s6 y = g (z) dat cuc ticu tai z = 1.

D. Ham s6 y = g (x) nghich bién trén khoang (3; +00).

-2 O
) w

39.11.
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Cho ham s6 f (x). Ham s6 y = f’ (z) ¢6 do thi nhu hinh beén.

Ham s6
g(z) = f (3 —4x) — 82* + 12z + 2020

nghich bién trén khoédng nao dudi day ?

A. 17§ B. _—1,1
4’4 4 4

5 13
C. (Z,+OO) D. (—Z,Z) -2

39.12 (T4).

Cho hai ham s6 da thitc bac bén y = f(z) va y =
g(x)c6 do thi nhu hinh vé, trong d6 dudng dam hon
A 0

12 do thi ham s6 y = f(x). Biét rang hai do thi nay

nhau tai hai diém nita ¢6 hoanh do lan luct 1a —1

« 2 ~ s . « 2 , N ~ ~ N 1 —3 —1
tiep xtdc véi nhau tai diem c6 hoanh do la —3 va cat \/ \
-2

va 3. SO gia tri nguyen cta tham s6 m € [—12;12]
dé bat phuong trinh f(x) > g(z) + m nghiém ding
v6i moi x € [ — 3;3]7
AT B. 6. C. 13. D. 12.
39.13 (T8).
Cho ham s6 f (z). Ham s6 y = f/ (z) c6 do thi nhu hinh vé bén dudi.
Ham s6 y = f (z — 1)+2z—2? dong bién trén khodng nao dudi day?

A (b)) B (o)) ccrn b (k)

1. D|[2. B][3. cl]l4. All5. All6. Al|7. A|[8. C|l9. A]|10. A][11. A][12. D][13. B]

Cau 40.

day. S6 diem cyc tri clia ham s6

Cho ham s6 bac bon y = f (x) ¢6 do thi nhu hinh vé dudi y

gx)=f (x3 + 391;2)

A. 5. B. 3. C. T D. 11.

Lai gidi
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Tac gid, Fb: Nguyén Quang Thai

Do y = f (x) 13 ham s bac bén nén 13 ham s6 lien tuc va c6 dao ham luon xac dinh tai Vo € R.
r=ux € (—2;0)

Theo do thi ham s6 ta c6 duge f'(z) =0< | 2 = x5 € (0;4)
r=u1x3 € (4;6)

322 +6x =0

& | 2® 4327 = 2.
f (2° 4 32%) = 0 1

Mat khéc ¢’ (z) = (3z% + 6x) f/ (2 + 32%) nén ¢’ (z) = 0 &

22+ 322 = 14

3+ 322 = x4

Xét ham s6 h (z) = 2 + 3% tren R.

Ta c6 b/ (z) = 32?4+ 62 , M () =0 & [x:Oz , tt d6 ta ¢6 BBT ctua y = h () nhu sau
r = —
x —00 -2 0 +00
b (z) + 0 - 0 +
4 +00
h() - \ -
0 0

Tt BBT ctia ham s6 h(z) = 2% + 322 nén ta c6 h(z) = x; c¢6 ding mot nghiem, h (z) = x5 6
dung 3 nghiem, h (z) = x3 ¢6 ding mot nghiem phan biét va cdc nghiem nay déu khac 0 va —2. Vi
thé phuong trinh ¢’ (z) = 0 ¢6 ding bay nghiem phan bi¢t va déu la cac nghiem don nén ham sb6
y=g(z)co T cuc tri.

Chon dap an @ O

BAI TAP TUGNG TU VA PHAT TRIEN

40.1 (T1). Cho ham s6 da thiic bac bon y = f (), biét ham s6 c6 ba diém cyc tri + = -3, x =
3, = 5. C6 tat ca bao nhieu gia tri nguyen ctia tham s6 m sao cho ham s6 g (z) = f <ex3+3x2 - m>

c6 ding 7 diém cyc tri

A. 3. B. 4. C. 5. D. 6.
40.2.
Cho ham s6 y = f (z) ¢6 dao ham trén R va ham s6 y = f/ (z) ¢6 do y
thi 14 dudng cong trong hinh vé duéi day S6 diém cuyc tri ctia ham s6
g9(z)= f(l’?’ —3z) la -3 -9 -1 1
A 4. B. 5. C. 6. D. 7. T o 3
| e
SN —4
40.3.
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Cho ham s6 bac bén y = f (z) c6 dd thi nhu hinh bén. S6 diém
cyc tri ctia ham s6 g (z) = f (2 — 222 +5) 1a

A. 5. B. 3. C. 9. D. 11. o
0]
40.4 (T12).
Cho ham s6 bac ba y = f(x) ¢6 do thi nhu hinh vé bén. Ham s6 Yy
g(r) = f (2? — 22) c6 bao nhieu diém cyc tri?
A. 2 B. 3. C. 4. D. 5. 1 2 8 4
o\
-1
2\ !
3\
40.5.
Cho ham s6 bac ba y = f (x) ¢6 do thi nhu hinh vé duéi day.
S6 diém cyc tri cia ham s6 g (z) = f (2% — 422 + 5) 1a
A 5. B. 3. C. 7. D. 11.
1 4
40.6 (T16).
Cho ham s6 bac boén y = f (x) ¢6 do thi nhu hinh vé dudi day.
S6 diém cyc tri cia ham s6 g (z) = f (22° — 1222 — 2) la
A 5. B. 3. C. 7. D. 11.
4
40.7 (T17).
Cho ham s6 bac bon y = f (x) c6 do thi nhu hinh vé duéi day. y
S6 diém cyc tri ctia ham s6 g (z) = f (23 + 322 — 4) 1a
A. 6. B. 9. C. T D. 12.
-15 -1 0.5
[0) X
40.8 (T18).
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Cho ham da thiic y = f (x) ¢6 do thi ham s6 y = f’ (z) nhu hinh vé y
duéi day. S6 diém cuec tri ctia ham sb
R 2
g(z) = f(a* —22° = 3) — 22" + 42® + 2020 |
1a —4 -3,
A. 12 B. 11. C. 10. D. 9. O ‘
40.9.
Cho ham s6 Y
y=f(r)=ax*+bz®+cx® +dr+e
c6 do thi nhu hinh vé. S6 cyc tri ctaham sé y = f (|z + 1| — 3) 1a 1
AT B. 5. C. 6. D. 3. 12 1
01 x
40.10 (T22).
Cho ham s6 bac bén y = f(z)c6 do thi nhu hinh vé bén. Ham Y
6 g(z) = f(a® + %) c6 bao nhieu diém cye tri?
A. 5. B. 11. C. 4. D. 6.
1
3
o1 3 @

40.11. Cho ham sb6 y = f (z) xac dinh va lién tuc trén R. D& thi ham s6 y = f/ (z) nhu hinh bén.

Tim s cuc tri ctia ham sb
g@)=2f(z+2)+(x+1)(z+3).

A 2. B. 3. C. 4 D. 1.
40.12.
Cho ham s6 bac bon y = f (x) c6 do thi nhu hinh bén duéi. S6 diém cue Yy
tri cia ham s6 g (z) = f (—2® + 3x) 1a

A9 B. 3. C. 7 D. 5.

-2
[0) X

40.13 (T8).
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Cho ham s6 bac bén y = f (x)cé do thi nhu hinh dudi. S6 diém cyc tri _15 Yy
clia ham 86 g (z) = f (2 — 82% + 1) la 0] x
A. 5. B. 3. C. 9. D. 11.

1. D|[2. B][3. C|[4. D||5. C]l6. Al|7. B|[8. D|l9. A]l10. A][11. A][12. A][13. C]

Cdau 41. Goi S 1a tap hop tat ca cac gia tri thuc ctia tham s6 m sao cho gia tri 16n nhat cia
ham s6f (z) = |2° — 3z + m| trén doan[0; 3]bing 16. Tong tat ca cac phan ti clia S la:
A. —16. B. 16. C. —12. D. -2

Loi giai

Tac gid : Le Quoc Dat; Fb: Dat Le Quoc

1. (Le Qudc Dat ) Xét u = 23 — 3z +m trén doan [0;3] co6 v/ =0 322 -3 =0 2=1¢€ [0; 3].
Khi do

m[%é]u =max{u(0),u(1),u(3)} =max{m,m —2,m+ 18} =m + 18

min u = min{u(0),u(1),u(3)} = min{m,m —2,m+ 18} =m — 2

(03]
[ |m+18| =16
|m + 18| > |m — 2| m= —2
Suy ra Max f (x) = mazx {|m —2|,|m + 18|} = 16 & = .
03] m — 2| = 16 m=—14
|| Im -2 > |m+ 18]

Do d6 tong tat ca cac phan tit ciia S biang —16.
2. (Doan Phu Nhu) Xét ham s6 g (z) = 2® — 3z +m, z € [0;3] , ta c6
g (r)=32"-3;9 () =0z ==+1.

Ta c6 bang bién thién ham s6 y = g () :

x 0 1 3
Y - 0 +
m m+ 18
y N7
m— 2

Tt bang bién thién ta suy ra :

8Néu:mz—8thiﬂ[€(§fsf(x):m+18,d0déj\[/0[%}xf(x):16<:)m+18:16©m:—2
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E:/Néu:m<—8th\1]\[%%t]xf(x):2—m,dodé]\[égc§}xf(x):16@)2—m:16<:)m:—14

Vay S = {—14; —2}. Téng cac phan tit ctia S bang —16.

Chon déap an @ O
BAI TAP TUGNG TU VA PHAT TRIEN

41.1 (T1).

Cho ham s6 bac bén y = f (z) ¢6 do thi nhu hinh vé Y

bén. C6 bao nhiéu gié tri nguyén ctia tham sé m thuoc ) y=f(z)

doan [0;20] sao cho gia tri nhd nhat ciia ham s6
g (@) =12f (x) + m + 4 — f(z) = 3|

trén doan [—2;2] khong bé hon 17

A. 18. B. 19. C. 20. D. 21.

41.2. Goi S 1a tap hop tat ci cac gia tri thuc clia tham s6 m sao cho gia tri 16n nhat ctia ham s6
f(z) = |2* — 822 + m| trén doan [0;3] bing 14. Tong cac phan ti clia Sla:
A. 2. B. 14. C. 7 D. 35.

41.3 (T11). Cé tat ca bao nhiéu gia tri nguyen clia m dé gia tri 16n nhat ctia ham s6
y=|"+22+ (m*+1)z+m>—m -3

trén doan [—1; 2] khong vugt qué 15 7

A 3. B. 4. C. 5. D. Vo s6.
41.4. Cho ham sb f (z) = |2* — 222 + m|. C6 bao nhiéu sé nguyén m dé max f (z) < 100.
[-1:2]
A. 192. B. 191. C. 193 . D. 190 . .

41.5 (T16). Goi S la tap hogp tat ca cac gia tri thuc ctia tham s6 m sao cho gia tri 16n nhat cta
ham s6 f(z) = |2® + 32% + m| trén doan [—1;2] bing 10. S6 phan ti ctia tap hop S bang
A. 1. B. 2. C. 3. D. 4.

41.6 (T17). Tim m dé gia tri 16n nhat cia ham s6 f (z) = |2® — 122 +m + 1| trén doan [1;3] dat
nhé nhét.
7 23 7

23
A —. B. - . . D. —.
2 2 C 2 2

41.7 (T18). Goi S la tap hgp tat ca cac gia tri thuc clia tham s6 m sao cho gia tri nhé nhat cta
ham s6 f (z) = |2* — 422 + m| trén doan [—2; 2] bang 2020. Tong tat ci cac phan tit ciia S 1a :

A —4. B. 4. C. 8. D. -8.
41.8. Goi S tap hop gia tri thuc cia tham sé6 m sao cho gia tri nhé nhat ctia ham s6 y =

|—2* 4+ 822 + m| trén doan [1; 3] bang 24. Tong cac phan tii clia S bing
A 7. B. —4. C. 4. D.7.
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41.9. Goi S la tap hop tat ca cac gia tri thuc ctia tham s6 m sao cho gia tri nhé nhat cia ham s
f(z) = |2* — 222 — m| trén doan [—1;2] biang 2. Tong tat ca cac phan tit clia S bing
A. —2. B. 7. C. 14. D. 3.

41.10 (T24). Cho ham sb f(x) = |23 + 2% — 5z +m + 2|. Téng S tat ca cac gia tri ctia mdé gia tri
nhé nhét clia f(x) trén doan [—1;2] bang 8 1a
A. 6. B. 25. C. —25. D. —6.

41.11. (T6 4) Goi S 1a tap hgp tat ca cac gia tri thuc clia tham s6 m sao cho gid tri 16n nhat ctia ham
s6 f (z) = |m (2® — 220 + 3) + 2m + 1| trén doan [0; 3] bang 7. Tong cac phan tit ciia S bing
3

1 )
A — . B. 1. o= D. —.
4 C4 4

41.12 (T8). C6 tat ca bao nhicu s6 thyc m dé ham s6 y = [32* — 42® — 1222 + m| ¢6 gia tri nho
nhat trén doan [—3;2] bang 10.
A 4 B. 1. C. 2 D. 3.

(1. Bl[2. ¢][3. All4. All5. All6. Al|7. B|[8. A]l9. B]|10.D]|11. A][12. C]

Cau 42. Cho ham s6 f () c6 bang bién thién nhu sau:

x —00 —1 0 1 +o0
f’(a:) — 0 + 0 = 0 +

/(=) +00\2/1\2/%0

S6 nghiem thuoc doan [—; 27] clia phuong trinh 2f (sinz) +3 =0 1a
A. 4. B. 6. C. 3. D. 8.

Loi giai

Tac gia: Lé Phuong, facebook: lephuongttl

sinz =ay € (—oo;—1) (1)

3 ing = 1,0 2

e M o v
= a3 :

sinz = a4 € (1;400)  (4)

Céc phuong trinh (1) va (4) déu vo nghiem.

Xét do thi ham s6 y = sinx trén [—m; 27]
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Ta thiy phuong trinh (2) c¢6 4 nghieém phan biét va phuong trinh (3) ¢6 2 nghiém phan biet dong
thoi trong s6 ching khong c¢6 2 nghiém nao tring nhau. Vay phuong trinh da cho c¢6 6 nghiém phan

biét thudc doan [—m; 27]

Chon dap an O
BAI TAP TUGNG TU VA PHAT TRIEN

42.1 (T1).

Cho ham s6 y = f(z) liéen tuc trén R va ¢6 do thi nhu hinh vé v

bén. Tong tat cd gia tri nguyén ctia tham s6 m dé phuong trinh

f<\/2f(cosa:)> = m c6 nghiém x € [g;n>_ N
A 1. :

B. 0. C. L D. -2.

-——————

42.2. Cho ham s6 c6 bang bién thién nhu sau:

x —00 —1 0 1 +oo
f’(x) — 0 + 0 — 0 +

/(@) m\Z/l\z/m

S6 nghieém doan [—27; 27]clia phuong trinh 4f (cosz) + 5 = 0la
A. 4. B. 6. C. 3. D. 8.

42.3. Cho ham s6 f (z) c6 bang bién thién nhu sau:

T |—00 -2 0 2 +0o0
f(x) — 0 + 0 — 0 +

/(@) +oo\2/1\2/+oo

S6 nghiem thuoc doan [—; 7] clia phuong trinh 3f (2sinz) +1 =0 1a
A 4. B. 5. C. 2. D. 6.

42.4. TAt ca cac gia tri clia tham s6 m dé phuong trinh 35°% — 3™ — cos? 2 —m+ 1 = 0 ¢6 ding 6
nghiém phan biét thuoc doan [—m; 27 la
A m=0. B. m=1. C.lm<0 m>1. Do<m<l

42.5 (T16).
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Cho ham s6 f (z) c6 do thi nhu hinh vé bén. S6 nghiém thuoc doan v
{—3; ; 2#} ctia phuong trinh 3f (cosz) +5 =0 la
A 4. B. 7. C. 6. D. 8.

———ee 4 =

42.6 (T17). Cho ham s6 f(x) c¢6 bang bién thién sau:

T —00 —1 0 1 +0o0

f'(x) — 0 + 0 - 0 +

/() +OO\.Q/Y_l\AQ/'m

C6 bao nhiéu gia tri nguyén ctia tham sé m dé phuong trinh f (2sinz + m)+2 = 0 ¢6 ding 6 nghiém
phan biét thudce [0; 37]

A. 0. B. 2. C. 3. D. 1.
42.7 (T18).
Cho ham sb bac ba Y /
f@)=ar® +bx* +cx+d (a,b,c,dER, a#0) g

SRS S

c6 do thi nhu hinh vé. Héi phuong trinh f (\/ —x?+4x — 3) =
—2 ¢6 bao nhiéu nghiém.

(R —— T

A1 B. 3. C. 4. D. 5.
42.8.
Cho ham s6 y = f (z) lien tuc trén R va c6 do thi nhu hinh vé. Goi S v

1a tap hop tat ca cac gia tri nguyen ciia tham s6 m dé phuong trinh
f (sinz) = 3sinx +m c6 nghiem thuoc khodng (0; 7). Tong cac phan N[
tlt clia S bang

A. 9. B. —10. C. —6. D. —5.

e e e e —
—_

42.9 (T22).
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Cho ham s6 y = f (x) c6 do thi ham s6 nhu hinh bén.Cé tat ca bao v
nhiéu gia tri nguyén ctia m dé phuong trinh f (2® 4+ 322 +m) —4 =0
c6 nghiém thudc doan [—1;2] ?

A. 21. B. 18. C. 42. D. 24.

42.10. C6 bao nhiéu gia tri nguyén ctia tham s6 m dé phuong trinh

4 4
cos3r — CosSx — \/gm + \/5 =0
9 9
L 4 . e om
¢6 dang 6 nghiém phan biét trén doan {0; 7} ?
A. 3. B. 5. C. 0. D. 2.

1. D|[2. D|[3. All4. D||5. B|[6. B|[7. A|[s. B]|9. D][10.D]

Cau 43. Cho z,y la cac s6 thyc duong thod man logg z = logg y = log,(2x + y). Gi4 tri clia l
Y
bang

1
A. 2. B.

3

2

L&i giai

Tac gid:Nguyén Dinh Diic ; Fb:Nguyén Dinh Drc

Gia st logg x = logg y = log,(2x + y) = t. Suy ra:

r=9 .
y =6 =2.9+6'=4" < 2.@) +(g)t—1:0
27 +y =4

3 t

(5) = —1 (loai)

= t
3y 1
2 2

t t
Ta ¢o : r_ 9— = § = 1
y 6 2 2
Chon dap an O
BAI TAP TUONG TU VA PHAT TRIEN
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43.1 (T1). Cho céc sb thuc a, b, c thuoc khodng (1;+00) va théa man

2
log?/; b+ log, ¢ - log, (%) +9log, c = 4log, b.

Gi4 tri ctia biéu thiic log, b + log, ¢® bing:

A 1. B.%. C. 2. D. 3.

43.2. Cho logs x = logoy = logg, z = loggs (x +y + 2) v6i ,y,z > 0 . Héi log,,, 2020 nhan gia tri
nam trong khodng nao duéi day?

a3 meion el b (R).

43.3 (T11). Cho hai s6 duong a, b théa man log, (2a + 3b) = log;y a = logys b. Tinh gia tri ctia biéu

a® — ab® + b3
thic P = ———
C gy A 5 25 25
A — . B. -. C. —. D. —.
29 6 27 2
L2 . - 20— b . .. a
43.4. Cho cac so thuc duong a, b thoa man log,; a = logy, b = log,s 3 . Tinh ti so 7
6 5 3 4
A -, B. -. R D. -.
5 4 © 2 5
43.5 (T13). Cho = la s6 thyc duong théa man log, (logy, z) = log,, (logy ). Khi d6 (logs x)***°
bang
A 31012. B. 32020. C. 31014_ D. 33030.

43.6 (T16). Cho z,y la cac s6 thuc duong thod man logs 2% = log, y = logg(z? + »?). Gia tri clia
2

T bang

)

5 5 5
A2 B. log, <§) C. 7 D. logs (§>

43.7 (T17). Cho z, y la cac s6 thuc duong thoa man logy,; x = log,,y = log, (Tz + 6y) .Gia tri
T
—bang

2

C. log, (—) . D. log% 7.

A —1. B.
)

1l =

43.8 (T18). Goi z, y la cac s6 thuc duong thoa man dicu kién loggx = loggy = log, (z +y) va
_ b )
T %\/_ véi a, b la cac so nguyén duong. Tinh a + b .
Y
A. 11. B. 4. C. 6. D. 8.
43.9 (T2). Xét cac s6 thuc duong x, y thoa man loggz = log 1oy = log s (x +y) . Ménh dé nao
duéi day dang?

T 11 T 1 2 T 1 T 2
A —e(= 2. B. -z =] C.—e(0;=). D. —e|=1).
y (3 2) y (2 3) y ( 3) y (3 >
43.10. Cho z,yla cac s6 thuc duong théa méan log,s2® = logs \/y = logg(z — 2y). Gié tri cta %

bang
A. log,6 . B. 4. C. 2. D. log% 4.
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43.11 (T24). Cho a; b; ¢ 1a cac s6 thuc khac 0 théa man 6% = 9° = 24¢. Tinh T = % +2
c

1 11
A - B. 3. C. 2. D. —.
3 12
43.12. Goi z , y la cac s6 thuc duong théa man diéu kién loggx = log,,y = logs (z +y) va
- b )
- %\/_ , VOi a , b 1a hai s0 nguyén duong. Gia tri cia P =a -0 la
Y
A . P=6. B. P=5. C. P=8. D. P=4.

43.13 (T8). Cho z,y 1a céc s6 thyc duong thod man loggz = loggy = log,(z + y) va g
Y

— b .
L\/—V(’ji a, b 1a hai s0 nguyén duong .Tinh a + b.
A a+b=6. B.a+b=11. C. a+b=4. D. a+b=8.

1. All2. ¢][3. All4. ¢||5. D]l6. C||7. B|[8. C|l9. B]|10. B|[11. B]|12. B][13. A]

Cau 44. Cho phuong trinh log3 (22) — (m + 2)logy 2 + m — 2 = 0(m 1a tham s6 thuyc ). Tap
hop tat ca cac gia tri cia m dé phuong trinh da cho c¢6 2 nghiém phan biét thuoc doan [1; 2]
la

A. (1;2). B. [1;2]. C. [1;2). D. (2;+00).

Lai giai

Tac gia:Quang Than ; Fb:Ben nguyen
Diéu kién: = > 0.

pt = (1+1logyz)” — (m+2)logyz+m —2=0
& logsr —mlogyr+m—1=0
logyx =1

logox =m —1

Ta cé: o € [1; 2] & log,x € [0; 1]. Vay dé phuong trinh da cho c6 2 nghiém phan biét thuoc doan
[1;2] khivachikhi0<m—-1<1&1<m<?2
Chon dap an @ OJ
BAI TAP TUGNG TU VA PHAT TRIEN
44.1 (T1). Cho phuong trinh \/logs z — 4logzx — 5 = m (logy © + 1) v6i m la tham s6 thiyc. Tim
tat cd cac gia tri ctia m dé phuong trinh c6 nghiém thuoc [27; +00) .
A 0<m<2. B. 0<m<2. C.0<m<1. D.0<m«<1.

44.2. Cho phuong trinh (1 + \/W)2 — (m +2) v/2020% +m — 2 = 0(m la tham s6 thuc). Tap hop
tat ca cac gia tri ctia m dé phuong trinh da cho c6 2 nghiém phan biét thuoc doan [0; 2] 1a

A. [2;2021] . B. [1: 2. C. (2;2021] . D. (2:+00).
44.3 (T11). Cho phuong trinh log; (97) — (m + 5) logy © + 3m — 10 = 0 (v6i mla tham s6 thuc). S6
gia tri nguyén ctia tham sé6 m dé phuong trinh da cho c6 hai nghiem phan bigt thuoe [1;81]1a

A 2. B. 3. C. 4. D. 5.
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44.4 (T12). Tap cac gia tri cia m dé phuong trinh 4 - (2 + \/g)x + (2 — \/g)x —m+3 =0 c6 ding
hai nghiém am phan biét la

A. (—o0;—1) U (7;400). B. (7; 8).

C. (—o0; 3). D. (7; 9).
44.5 (T13). Cho phuong trinh log; (3z) — (m + 2)logs z +m —2 = 0 (m la tham s6 thuc). Tap hop

P ) 1

tat ca cac gia tri cia m dé phuong trinh da cho ¢6 2 nghiém phan biét thudéc doan g; 3|1a

A. (0;2). B. [0;2]. C. [0;2). D. (2;400).
44.6 (T16). Cho phuong trinh log3 (3x) — (2m + 2)logz x +2m — 2 = 0 (m la tham s6 thuc ). Tap
hgp tat ca cac gia tri ctia m dé phuong trinh da cho ¢6 2 nghiem phan biét thuoc doan [3; 9] 1a

a (D) il o (1l b (le)

44.7 (T17). Cho phuong trinh logsgy, (2020x) — (m + 2) 1ogsge0 = +m —2 = 0 ( m la tham s6 thuc).
Téng tat ca cac gia tri nguyen ciia m dé phuong trinh da cho c¢6 hai nghiém phan biét thuoc doan
[1;2020%] 1a:

A. 2. B. 4. C. 6. D. 3.

44.8 (T18). Tim tat ci cac gia tri ciia tham s6 m dé phuong trinh log3 z—(m + 2) logz 2—3m—1 =0
c6 hai nghiém phan biét thudc doan [1;3] .

-1 -1
-1 1 -1

44.9 (T2). Cho phuong trinh log; = + 3mlogs (37) + 2m? — 2m — 1 = 0 (m 14 tham s6 thuc). Goi
S 1a tap hop tat ca cac s6 thuc m ma phuong trinh c6 hai nghieém phan biét thuoc doan [1;3] . S6
phan t1t ctia tapSla

A. 2. B. 1. C. 0. D. 3.
44.10. Cho bat phuong trinh 9% + 6% — 2 - 4% < m - 2% (3” — 2%) ( m la tham s6 thuc). Tap hop tat
ca cac gia tri cia m dé bat phuong trinh nghiem ding véi moi o thudc doan [0 ; 1] 1a

7 7
A. < — . B. > — . R . D. > —
m_2 m_2 C. me m_4

44.11. Cho phuong trinh 4log3 v/ + (m —3)logs z +2 —m = 0 ( m la tham s6 thyc ). C6 bao nhiéu
gia tri nguyén ctia m dé phuong trinh da cho cé hai nghiém thitc phan biét thuoc doan [1; 9] ?

A. 0. B. 1. C. 2. D. 3.
44.12 (T8). Cho phuong trinh €3 — 2¢?*+n3 4 eo+n9 Ly — () (m 1 tham s6 thuc). Tap hop tat ca
cac gia tri cia m dé phuong trinh da cho c¢6 3 nghiém phan biét thuoc (—In2; 400).

A. —4<m<—%. B. —4§m§—§. C.§<m<4. D.%§m§4.

1. D|[2. ¢][3. ¢]l4. B||5. C]l6. C||7. B|[8. C]l9. C][10.B]|11. C][12. A]

Cdau 45. C6 bao nhieu cip s6 nguyéen (z; y) thod man 0 < z < 2020 va logg (3z +3) + 2 =
2y +9v7
A. 2019. B. 6. C. 2020. D. 4.
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Lai giai

Tac gid: Nguyén Van Tuan; Fb: Nguyén Tuan
™ Taco:logs(3z+3)+x=2y+9 &1+ logg(z+1) +x=2y+9 (1).

™ Diatt =logz(x+1). Suyra: v + 1 =3" & x = 3" — 1. Khi d6: (1) & ¢ + 3 =2y + 3% (2).
Xét ham so: f (h) = h+ 3", ta c6: f'(h) =1+3".1n3 > 0Vh € R nén ham s6 f (h) dong bién
tren R. Do do: 2) & f(t)=f(y) ©t=2yclogg(r+1)=2yz+1=3" s z+1=9v.

@ Do0<x<2020nén 1 <z+1<2021<1<9 <2021 <0<y <log,2021 ~ 3, 46.

Do y € Z nén y € {0; 1; 2; 3}, v6i mdi gia tri y cho ta 1 gia tri = thoa deé.

Vay ¢6 4 cip s6 nguyen (z; y) thod deé.

Chon déap an @ OJ
BAI TAP TUGNG TU VA PHAT TRIEN

45.1 (T1). C6 tat ca bao nhieu cip s6 (a;b)véi a,b 1a cac s6 nguyen duong théa man:

logs (a+b) + (a+0)° =3 (a*+b*) +3ab(a+b— 1)+ 1.

A. 2. B. 3. C. L D. v6 0.

45.2. C6 bao nhieu cip s6 nguyen (x; y) va 0 < z < 2020 thda man

2r+6 8
1 =y —2+297
Og?(x—1)+m—1 Y *

A. 2018. B. 2. C. 2020. D. 1.
11—y

= 3zy + x + 2y — 4. Gia tri 16n nhat cta zy
1+2y

45.3. Cho cac s6 z > 0; y > Othéa man log,

bang M khi (z; y) = (zo; yo) . Tinh x3 + 2.

3 (V11— +v/2) g 3(VII+v?2) o 65 +10v22

p. - 10v/22
6 6 18 18
45.4 (T12). C6 bao nhieu cip s6 nguyen duong (x;y) thoa man dong thoi hai dieu kien: 1 < z < 10°
va log (1022 — 20z + 20) = 10" + y® — 22 + 22 — 17
A 4. B. 2. C. 3. D. 1.

45.5 (T13). C6 bao nhiéu cip s6 nguyén (z; y) thod man z +y > 0; —20 < x < 20 va

log, (z +2y) + 2> +2y* + 3oy —x — y = 0?

A. 19. B. 6. C. 20. D. 41.
45.6 (T16). Cho hai s6 duong z ,y théa méan log, (ﬁ) = 3y? — 2z — 1. Tim gi4 tri 16n
nhat ciia biéu thitc P = 22y — 182 4 T2y — 45 trén nita khoang (0; 5]

A. 2020 . B. 20 . C. 15. D. 30.
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45.7 (T17). C6 bao nhieéu cap sé nguyen (z; y) théa man 0 < 2 < 2020 va 2 - 625 — 10 - 125Y =
3y — 422 + 1

A. 2020. B. 674. C. 2021. D. 1347.
45.8 (T18). C6 bao nhiéu cap s6 nguyén duong (z; y) thod man 1 < x < 2020 va 2¥ +y =
2z + logy (z +2v71)

A. 2021. B. 10. C. 2020. D. 11.
3 N . . o R 22'2 — 2z + 1 9
45.9 (T2). Biét x1, z2(x; > x9) 1a hai nghiém ctia phuong trinh log, 3, +2°+2=3x
x

vi 4z, + 229 = a + Vb , v4i a, b 13 hai s6 nguyen duong. Tinh a + b

A.a+b=9. B.a+b=12. C.a+b="7. D.a+b=14.

2 ca o % ~ Iy ~ 5N ca 16(0‘2 + 8) 2 2

45.10 (T22). C6 bao nhiéu cip so6 nguyén a, b théa man dieu kién log, W =b"—4b—a

A 1 B. 2. C. 3. D. 4.

45.11 (T24). Phuong trinh 202+ Vm=3z _ 9o+l — 1 _ 922 (33 _ 622 4 9z + 1) ¢6 3 nghiem phan
biet khi va chi khi m € (a;b). Khi d6 gia tri P = a® + ab + b* 1a
A. P =112 B. P=124. C. P=64. D. P = 156.

45.12. (T6 4) C6 bao nhiéu cip s6 nguyéen (z;y) théa man 0 < z < 2020 va
8 +3x-4"+ (322 +1) 2" = (" — 1) + (y — D=

A. 2021. B. 6. C. 2020. D. 11.
45.13 (T8). C6 bao nhicu gia tri nguyeén ciia tham s6 m dé ton tai cip s6 (x;y) théa man 3%*+7 —
332+59+2 4 2 (z +y — 1) = 0, dong thoi théa man In* (4o + 3y — 3) — (m +2)Inz +m? — 1 = 07?

A. 2019. B. 6. C. 2020. D. 4.

1. All2. D|[3. D|[4. D||5. C][6. C||7. D|[8. D|[9. D]|10.D|[11. A][12. D][13. D]

8
&
Cadu 46. Cho ham s6 6 f(3)=3va f (z)= , V. >0.Kh'd’/ d
o ham 6 f (z) c6 f (3) va [ (z) PRy o 7 ido [ f(x)dx
3
bang
197 29 181
A T B. —. C. —. D. —.
6 2 6
Loi giai
Tac gia: Le Phuong, facebook: lephuongttl
Ta co

f(:c):/f’(x)dx _ /m+1_\/x_+1dx
B /x(x+1+\/x—+1)
B (z+1)°—(x+1)

1
= 1 d
/( +\/x+1) g
= z+2vVz+1+C.
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Taco f(3) =3 C=—4dsuyra f(x)=x+2V/x+1—4.
8 8

Khidé/f(x)dx:/<x+2\/ﬁ—4)dag:%7.
3 3

Chon dap an O
BAI TAP TUONG TU VA PHAT TRIEN

46.1 (T1). Cho ham s6 f (z) c6 f <g> = 2 va f'(z) = zsinz. Gia st rdng [ cosz - f (x)dx =

0| 3

2

% — 7T—(Vc’ii a,b, c 1a cac sd nguyén duong, % t6i gidn). Khi d6 a + b+ ¢ bang
c
A. 23. B. 5. C. 20. D. 27.
3
1 1 2
46.2. Chohamsb f (z) co f(—4) =3va f' (z) = 1—\/ﬁ,vgz; <3 Khi dé / [ (z) dz bang
S
A S B. 2T c -2 D -2
24 24 24 24
In3
. -1
46.3 (T11). Cho ham s6 f(x) ¢6 f(1) = e va f'(z) = ‘ 5—e%, Vo # 0. Khi d6 /:cf (x)dx
T
1
bang
A 2—e. B. 3—e. C. 3+e D. 2+e.
46.4 (T12). Cho ham s6 f (z) o6 f(3) = -2 va f' (x) - Yz # 0. Khi dd
. . Cho ham 6 f (x) ¢6 =—va f'(z) = , Va . Khi d6
2 22+ 16 — 42?2 + 16
3
/ZB.f(:E)d$ bang
0
A 2915' B 2195‘ C 2195' D, 2915'
24 24 8 3
. 2 x
46.5 (T13). Cho ha 0 6 f(0) = = va f’ = ———— V0i iz > —1. Khi dé
( ) o ham s6 f(x) ¢6 f(0) 3vaf(x) 1+\/ng1mQ19(: ido
3
/f(x)d:v bang
0
—11 — 11
g B. 2. c 2. D 2
30 3 3 30

46.6 (T16). [Mic do 3] Cho ham sb f (z) biét f (7) = 0 va f (z) = 2sinx — 3sin® 2, Vo € R. Tich
m

phan /2 &dx bang
0

sinx + 1
T 3 T T

A 1——. B. ——2. C.1—-—. D - -1
3 4 4 4

e
Inz

46.7 (T17). Cho ham s6 f (x) c6 f (1) = 1 va f'(x) = ——-, Vo > 0. Khi d6 /f (r) dz bang:
x

1

2 c -2 D 1-2.
e 2 e

A.

NCYRSS
oy
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) x
46.8 (T18). Cho ham so f(z) ¢6 f(6) = 2 va f'(x) = , Vx> —2. Khi do
(118) P £ = 2 ) =
6
/f(x)dx bang
0
A2 B. 1 c. -2 p. -0
3 3 3 3
P 6$3
46.9 (T2). Cho ham s6 f(z) xac dinh va lién tuc trén R , ¢6 f(0) =0 va f(2) = ———— véi
(12 ) i . F0) =0 £(a) =
moi z # 0 . SO nghiém ctia phuong trinh f(z) = 2020 1a
A. 0. B. 1. C. 4. D. 2.
46.10. Cho ham s6 f (z) x4c dinh va lién tuc tréen R va théa man
f(x3+x—1)—i—f(—a:3—a:—1):—6x6—12x3—6x2+6,Vm6R.
1
Tinh/f(m)dx.
3
A. 32. B. —4. C. —36. D. —20..
1
, 3 3 av2+b
46.11 (T24). Cho hamso f (x :—,biét/x- "(z)dz = véia,b,c € Z,c > 0.
(T24) )= oy [ s =2
Tinh tong a + b + c.
A. 14. B. 18. C. 16. D. 12.
1
) 1 N
46.12. 1. Cho ham so f(z) c6 f(0) =3 va fr(x) = .Khido [ xf (x)dx bang:
@) 06 1(0) =330 fia) = e K6 [ of (2)d itng
0
A 2TV p 2t4v2 c =22 p, 3+2vV2
3 3 3 3
46.13 (T8). Cho ham s6 y = f(z) ¢6 f(In3) = 4 va f' (z) = G—H ¥z € R . Khi d6
ex
In8
/ezf () dz bang
" 38 76 136
A. 2. B. —. C. —. D —.
3 3 3

1. D|[2. B][3. B||4. B]|[5. D]l6. C][7. Al|8. B][9. D|[10. B]|11. A][12. D][13. C]

Cau 47. Cho ham s6 f(z) lién tuc trén R. Biét cos 2z 1a mot nguyén ham ctia ham s6 f(x)e?,
ho tat ca cac nguyén ham clia ham s6 f/(x)e® 1a

A. —sin2x 4 cos2x + C. B. —2sin 2z 4 cos2x + C.

C. —2sin2x — cos2x + C. D. 2sin2x — cos2z + C.

L&i giai

Tac gia: Vuong Hitu Quang; Fb: Vuong Hitu Quang
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Theo dé bai cos 2z 1a mot nguyeén ham clia ham s6 f(z)e” ta suy ra:

—2sin 2
(cos2z) = f(x)e” & —2sin2x = f(z)e® & f(z) = iy
61’
, —4e* cos2x + 2e“sin2x  —4cos2x + 2sin2x
= f (.T) = (Gx)2 - e ’

= f'(z).e" = —4cos2z + 2sin 2z

Vay [ f/(z)e"dz = [ (—4cos2x + 2sin2z)dr = —2sin 2z — cos 2z + C.
Chon dap an @ O
BAI TAP TUGNG TU VA PHAT TRIEN
47.1 (T1). Cho ham s6 f (z) ¢6 dao ham lién tuc trén R thod man f'(z) — f (z) = (2z + 1) e* va
f(0) = —2 . Téng tat ca cac nghiém thic ctia phuong trinh f (z) = 0 c6 gia tri 1a
A -2 B. 2. C. 1. D. —1.
47.2 (T11). Cho ham s6 f(x) lien tuc trén R. Biét cos® z 1a mot nguyeén ham ctia ham s6 f(x)e®,
ho tat ca cac nguyén ham ctia ham s6 f’ (r)e** 1a
A. sin2r —2cos?x + C. B. sin2x + 2cos’z + C.
C. —sin2z +2cos?z + C. D. —sin2x — 2cos*z + C.

2
47.3 (T12). Chohamséy = f () lien tuc va c6 dao ham trén R théa man f (2) = —2; /f (x)dz =
0

4

3. Tinh [ = /f/ (V) da.

0

A S=-14. B. §=6. C. §=14 D. §=-6.
. 1
47.4 (T13). Cho ham s6 f (z) lién tuc trén R\ {0} va 35 14 mot nguyén ham cta / (Zx) Tim ho
T T

nguyén ham ciia ham sé f/ (z) 2%e?®.

1 1
A. 2ze* + ¥ 4 C. B. 2ze%* — 2 4 (. C. xe* — 562”” +C. D. ze* + 56” +C.

47.5 (T16). [Mtc do 3] Cho ham s6f(x) lien tuc tréen R. Biét 3z - sin 2z 14 mot nguyén ham cta
ham s6 f (z) e, ho tat cd cdc nguyeén ham clia ham s6 f' () e® 1a

A. 3(1 —z)sin2z 4 6z cos2z + C. B. 3sin2x + 3xz(cos 2z — sin 2x) + C.

C. 3(1 4+ z)sin2z + 6x cos 2z + C. D. 3sin2x + 6x(cos 2z + sin2z) + C.

47.6 (T17). Cho ham s6 f (z) lién tuc trén R . Biét sin 2z 13 mot nguyén ham ciia ham s6 f (z) e*

, ho tat ca cdc nguyén ham ctia ham s6 f/ (z) e 1a

A. —2cos2z —sin2x + C . B. —2cos2x +sin2z + C .
C. 2cos2x +sin2z + C . D. 2cos2x —sin2z + C' .
47.7 (T18). Cho ham sb f(z) lién tuc trén R . Biét sin 2020z 1a mot nguyén ham ctia ham s6 @)
T

, ho tat ca cac nguyen ham ctia ham s6 f'(z)Inz trén khoang (0; +00) la
A. 20202 sin 2020z - In x + cos 2020z + C.. B. 2020z cos 2020z - In z — sin 20202 + C.
C. 2020z cos 2020z - In x + sin 2020z + C. D. —2020x cos 2020z - In x — sin 2020z + C.

47.8 (T2). Cho ham s6 f(z) lien tuc tréen R. Biét z? + 2x — 3 la mot nguyén ham ctia ham s6

f(2).5%, ho tat ca céc nguyén ham ctia ham sof'(z).52 la
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A 2+ (z+1)In5+C. B. —In5+C.
2

2
C. 2x—<%+x)1n5+0. D. 2x+<%+x)1n5+0.

47.9 (T21). Cho ham s6 f (x) lién tuc trén R. Biét 2 1a mot nguyén ham ctia ham s6 f/ () €, ho
tat cd cdc nguyen ham ctia ham s6 f” (z) e® la.

A 4xd -2+ C. B. 423 + 2% + C. C. 2 —4z2' + C. D. 2 —2' + C.
47.10 (T22). Cho F(z) = (2* + 2z) .e® la mot nguyen ham ctia f (z).e**. Tim ho nguyén ham cia

ham sb f' (z) e*.

A [ (z)e**dr = (24 2%) e + C. B. [ (z)e**dx = (2> —2)e” + C.
C. [f( :L‘)62 r=(—2*-2)e"+C. D. [ f'(x)e*dx = (2 —a2?)e* + C.
47.11 (T24). Cho ham sb y = f (=) khong am va lien tuc trén khoéng (0; +00). Biét f (z)la mot
f2r)+1

vaf (In2) = /3, ho tit ci cac nguyén ham ciia ham s6

nguyén ham ctia ham 56 °

e . f(z) 1a

f(x)

2 2 1
. g\/(efc—f-l)f)—{—g\/(e“?—i—l)g—f-C. B. o (22 —1)° —/e2r —1+C
1 - 1 -
_ 2 _ 1)3 _ z _ 1)3
C. 3\/(6 )" +C. D. 3 (er—1)" +C
47.12. Cho ham s6 f(z) c6 dao ham lién tuc tréen R va (z + 1) f/ (z) = (fj_x;) Biét f (0) = 2, tinh
x
gid tri | (2)]
A1 B. 2. C. 3. D. 4.

47.13 (T8). Cho ham s6 f(z) lién tuc trén R. Biét cos® x 14 mot nguyén ham ctia ham s6 f(z).e” ,
ho tat ci cdc nguyén ham ctia ham s6 f/(x).e*1a

A. —sin2x + cos?z + C. B. —2sin2x + cos?z + C.

C. —sin2x — cos’z + C. D. 2sin2x — cos?x + C.

1. D|[2. D|[3. Al[l4. C|[5. All6. D||7. C|[8. C|l9. A]|10.D]|[11. C]|12. C][13. C]

Cau 48. Cho ham s6 f (z)lien tuc trén Rva théa man zf (23) + f (1 —2?) = —2'% + 25 —
0
2z, Vo € R. Khi d6 /f (z)dx bang

=il
A. _—17 B. _—13. C. H. D. —1.
20 4 4

Loi giai

Téc gid : Le Qudc Dat; Fb: Dat Le Quoc
1. Ty Luan : Ta co6

af (2*)+ f(1—2%) =—2"0+2°—22,VzeR (1)

& x2f( )+:Ef( :U) —z't 27 — 222
0

0 0
—1
= /xzf(x?’)dx—i—/xf (1—27) / x11+x7—2x2)da¢:7:

-1 -1
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0
Xét I = /x ) dx dat u = 2® :>du—3x2d:c:>3du—:r;da:
0
r=—-1=u=-1 1
D6i can: =1 = /f /f(x)dm
r=0=u=0 31

—1
Xét I, = /:cf (1—2?)de dat u=1-2* = du = —2zdx = Tdu:xda:
21

. r=—1=u=0
Doi can:
$:O:>u—1

=1, = ——/f du———/f )dx = = /f dx——/f _17 (2)

Trong (1) thay x béi = ta du’oc. —zf (—2®) + f (1—2?) = :1:10 + 2%+ 2z, (3)
Lay (1) tru (3) ta duge:

T (2) va (4) suy ra /f (2)dx = —=

2. Tric nghiém c6 thé chon ham: f(z) = —2° + 3z — 2

Chon dap an O
BAI TAP TUONG TU VA PHAT TRIEN
48.1 (T1). Cho ham s6 f (x) lién tuc trén R thoa méan
20 — 2 —x? 54 4x —4
a:'Zf(l—x)—i—Qf(x ): R Vo #£0,x # 1.
T T
1
Khi dé6 /f () dx c6 gia tri la
1
1
A. 0. B. 1. C. - D. §
2 2
48.2. Cho ham s6 f () lién tuc trén R va thoa méan
f@)+2°f (1 —2*) =22" + 32" + 2" —52° + 204 3, Vz e R.
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0
Khi do6 /f () dz bang
1

11
iy B. L c. 2 p. A
15 3 5 12

48.3 (T11). Cho ham s6 f(x) liéen tuc trén R va théa manf3 (z) + f(z) = z, Vo € R. Tinh
2

I = | f(x)dx ta duge
/

. B.I=—2. C.or=—2 D.1=2
8 4 8

48.4 (T13). Cho ham s6 y = f () lién tuc va c6 dao ham xac dinh trén (0; +oc). Théa man diéu

A I =

W~ Ot

17
2 1 . .
kién %\J{E)—I—Qxf(x?—i—l) =1 Biet I = /f(:p)dx = ln%, trong dé6 a,b € Z va % 14 phan so
1
t6i gian. Tong b® — a bang:
A. 5. B. 2. C. 4. D. 3.

48.5 (T16). Cho ham s6 f () lien tuc trén (0; +00) va thda man

Vb f (333) —f(3\/_—2) =2yxIn(x +1), Vo € (0; +00).
64
Biét/f(a:)dm:aln5—61nb+c. Khi d6 a + b+ ¢ bang
1
AT B. 8. C. 26. D. 4.

48.6 (T17). Cho ham s6 f () lien tuc trén R va thoa man:

f(x3) +af (1—9@4) = 2B +42° —32° -1, Vx € R.

0 1

Khi d6 tinh T = 2/f (x)dx + S/f (x)dx.
0
11

A. 12 B. —. L D. —.
4 C 4 4

) 2 .
48.7 (T18). Cho ham s6 f (z)lién tuc trén {5, 1] va théa man

2f (x) +5f (%) =3z, Vx € [;;1] :

1
3
Khido I = /ln 3z - f'(3z)dx bang:
2
15

1. 2 1 1 1. 2
A.—ln——i—i. B.—lng—i. C. ——111?—3. D. ——ln—+i.
5 5 35 5 2 35 5 2 35 5 5 35

48.8 (T2). Xét ham s6 f (x) lien tuc trén doan [0; 1] va théa méan diéu kien

2f () =3f (1 —z) =av1—x.
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1
Tinh tich phan [ = /f (x)da.
0

A~ B. ——. c. -2 D. 1.
15 15 )

INIE]

sinx

R b b L
48.9. Biet rang [ = / sdr = —a + -V/3 v6i a,b, ¢ nguyen duong v — 1a phan sb tdi
c c

(sinz + cos z)

w|y

gian. Tinh a + b — c.
A. 0. B. 1. C. 2 D. 3.

48.10. Cho ham s6 y = f (z) c¢6 dao ham trén [0; 4] vA thda man dang thic sau day

2019f (z) + 2020f (4 — ) = 6059 — g

4
Tinh tich phan/f’ (z)dz.
0
A. 0. B. 1. C. 2 D. 3.

48.11. Cho ham s6 y = f () lien tuc trén R, théa man f (° +4x + 3) = 2z + 1 véi moi = € R. .
8
Tich phan /f () dz bang:
)

32

A 2. B. 10. C. 3 D. 72.
48.12 (T8). Cho ham s6 y = f () lién tuc trén R va thdéa méan
f(1+x3) +axf ($4) = 2% + 2% — 42° — 223 + 3z,
0
v6i moi x € R. Khi dé tinh /f (x) dx?
“1
1 4 4
A —. B. —. C. -. D. §
9 21 3 4

1. All2. B][3. All4. D||5. Bll6. C||7. B|[s. B]l9. A][10.B][11. B]|12. C]

Cadu 49. Cho hinh chép S.ABC c¢6 day ABC' la tam giadc vuong can tai A, AB = a, SBA =
SCA = 90°, géc gitta hai mat phang (SAB) va (SAC) bang 60°. Tinh thé tich khéi chop
S.ABC.

A. &b, B. L. c. L. D. L.
“ 3 2 6

Lai giai

Tac gia:Nguyén Vian Ta ; Fb:Tu Nguyenvan
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1. Goi H la hinh chiéu ctia S len (ABC).
Theo bai ra, ta c6 HC L CA, HB 1. BA = ABHC la hinh vuong canh a.
Goi O = HAN BC' , E 1a hinh chiéu ctia O len SA.
Ta dé dang ching minh dugcEC 1L SA, EB 1 SA.
T do, ta duge: goc gita (SAC) va (SAB) la géc gita EB va EC.
Vi CAB = 90° nén BEC > 90° = BEC = 120°.
Ta dé dang chi ra dugc OFB = OEC = 60°.

AO.SH rav/2
Dat SH =2 = SA = V2?2 +2d? = OF = = )
a z v @ SA 2v/ 12 + 2a?

ocC a\/ﬁ' rav/?2 _fler—a

tan 60° = =
OF 2 2vVa? + 2a?
Vav U Ly, 11 , d
A = _ =—.—.qa°=—.
Ay VS.ABC B S.HBAC 53 6
2. Dung toa do
Chon dap an @ OJ

BAI TAP TUGNG TU VA PHAT TRIEN
49.1 (T1). Cho hinh chép S.ABC, day la tam gidc ABC' c6 AB = a; AC = av/2 va CAB = 135°,
tam gidc SAB vuong tai B va tam gidc SAC vuong tai A. Biét goc gita hai mat phang (SAC) va
(SAB) bang 30°. Tinh thé tich khéi chép S.ABC.

AL B L c ©V6 p. V6

6 3 3 6

49.2. Cho khéi chép S.ABCDc6 day ABCD la nita luc gidc déu noi tiép duong tron duong kinh
AB = 2a, SA vuong goc véi (ABCD), goc giita hai mit phang (SBC) va (SCD) c6 s6 do biang ¢

10 ) . .
sao cho cosy = g The tich khoi chop da cho bang

A Y20 B, 3% . V3o D~
4 4 1 1
49.3 (T11). Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh AD = 2AB = 2a, BAD =
60°. Biét hinh chiéu ctia S lén mat phang (ABCD) la trung diem I ctia BC va goc gitta hai mat
phang (SAB) va (SAD) la 60°. Tinh Vs apcp.
“33‘)/5. B. “3(})/3 . C. “3;/5. D. asf.
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49.4 (T13). Cho hinh chép SABCc6 dédy ABC' la tam gidc déu canh 2a, SAB = SCB = 90° va
gbc gitta hai mat phang (SAB)va (SBC)bang 60°. Tinh thé tich khéi chép SABC.

A. \/TECLS. B. ga?’. C. %a‘g . D. \/TECLS.
49.5 (T16). [Mrc do 4] Cho khéi chép S.ABC ¢6 day ABC la tam gidc vuong can tai B, AB = a,
tam giac SAB vuong tai A , tam giac SBC can tai S v khoang cach giita hai duong thing SB va
AC bing 23@_ Thé tich ctia khéi chép da cho bing

AL B. 3 c. . D. L.

6 2 2 3

49.6 (T17). Cho khéi chép S.ABC ¢6 déy la tam gidc can tai A , AB = a , BAC' = 120° |
SBA=SCA=090°. Goiala goc gitta hai mit phang (SAB) va (SAC) . Khi cosa = Z thi theé tich

khéi chop da cho biang

3a3 a’
A. 3d3. B. d°. c. = . D. — .
3a a 1 1
49.7 (T18). Cho hinh chép S.ABC ¢6 AB = BC = a, ABC = 120°,5AB = SCB = 90° va khoang
) : . 2ay/21 , )
cach tit B dén mat phang (SAC) biang a;{_. Tinh the tich khoi S.ABC.
3 3 1 3 1 3
A.V:“l\f. B.V:“f. C.V:a\5/_5. D.V:az\/g.

49.8 (T2). Cho hinh chép S.ABC c6 déy la tam gidc déu canh bing 8 , SAB = SCB = 90° |
hai mat phang (SAB), (SCB) vudng géc véi nhau. Theé tich ctia khdi chop S.ABC 1a (don vi thé

tich)
641/2 128v/3 128v/2
A. T‘f B. 6412 . C. 3\f. D. 3f.

49.9 (T22). Cho hinh chép S.ABCD c6 day ABCD la hinh vuong canh a, tam giac SAB va tam
2

giac SCD can tai S. Biét hai mat bén (SAB) va (SCD) c6 tong dién tich bang 3% va ching vuong
goc véi nhau. Thé tich khoi chép S.ABCD béng

A. a—z. B. 5_a2. C. a—Q. D. &CLQ.
4 24 6 24
49.10. Cho hinh chép S.ABC, day la tam giac déu ABC' c6 canh biang a. Biét rang cdc mat bén
ctia hinh chép c6 dien tich bing nhau va mot trong cac canh bén bang av/3. Tinh thé tich nhé nhét

ctia khéi chép S.ABC.

3 3 3 3
A DV2 . ©V2, c. ©YV6 p. Y0
6 2 12 4
49.11. Cho hinh chép SABCD c6 ddy ABCD la hinh chit nhat AB = a, AD = aV/3,5A = 3; ,

canh SA vuong géc véi mat day, M la trung diém canh SD . Goi ¢ géc gitta 2 mat phang (SAC)
va (MAC) . Tinh tan ¢
A. tancp:i. B. tanp = /3. C. tanp=1. D. tancpzﬁ.
V3 2
49.12 (T8). Cho hinh chép tam giac déu S.ABC c6 goc giita mat phang (SAB) va mat déy bang
30°. Khoang cach tit chan dudng cao ctia hinh chép dén mit phang (SAB) bang a. Tinh thé tich
khéi chép S.ABC.

A. 24a3. B. 843V/3. C. 8a’. D. —a°.
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1. Al[2. B|[3. D|[4. D]|5. D|[6. D|[7. B|[8. D|l9. B][10.C]|[11. Al][12. C]

Cdu 50. Cho hinh nén c¢6 chiéu cao bang 2v/5. Miit phing di qua dinh ctia hinh nén va cit
hinh nén theo thiét dien la tam gidc déu c6 dién tich bing 9v/3. Thé tich ctia khéi nén duge
giéi han bdéi hinh nén da cho bang

A. 32‘?{577 B. 32 C. 32/5. D. 967.

Lai giai

Tac gia: Dao Van Vinh ; Fb: Dao Van Vinh

Mit phang qua dinh ctia hinh nén va cit hinh nén theo thiét dién la tam giac déu SAB.
Goi H la trung diém ctia AB ta c6 SH 1. AB va OH 1 AB.
Theo dé bai ta ¢6: h = SO = 2/5.
ABV3

1
SASAB = —AB SH = 9\/_ s ma SH = 9

AB AB?
SASAB—EAB V3 =93 & 4ﬁ=9\/§<:>AB2:36<:>AB:6 (AB > 0).
Suy ra SA=SB = AB =6.
ASOA vuong tal O taco: SA? = 0A?+50? = 0A? = SA?—S0? =16. =r=0A=4 (OA > 0).
1 32\/37r

V= §7r7“2h = 37r 4%2.2/5 =

Chon dap an @ OJ
BAI TAP TUONG TU VA PHAT TRIEN

50.1 (T1). Cho hinh nén dinh S c¢6 ddy 1a hinh tron tam O. Mot mat phang qua dinh ctia hinh

nén va cit hinh nén theo thiét dieén 1a tam gidc vuong c6 dién tich bang 4. Goc giita dudng cao cla

hinh nén va mat phang thiét dién bang 30°. Thé tich ctia khéi nén duge giéi han béi hinh nén da

cho bing
10v2 8v3 9vV3
A. o B. ‘gf”. C. Vg_”. D. ‘Bf”.

50.2. Cho hinh nén dinh S c¢é dudng cao SO = a. Mot mit phing di qua dinh ctia hinh nén va
cat hinh nén theo thiét dién la tam gidc vuong SAB. Biét ring khodng cach tit O dén mit phing

. 2 .
(SAB) bang %. Dién tich xung quanh ctia hinh nén da cho bang

A. 2v/37a?. B. V3rma?. C. 4v/37d>. D. v67a?.
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50.3 (T11). Cho hinh nén cé chiéu cao bang 6. Mot mit phang di qua dinh ctia hinh nén va cit
hinh nén theo mot thiét dién la tam gide déu, goc gitta mit phing va mit day ctia hinh nén bing
60°. Thé tich ctia khoi nén duge gidi han béi hinh nén da cho bang

A. 567. B. 287. C. 84r. D. 168m.

50.4 (T12). Cho hinh nén c6 chiéu cao bing 3v/2 . Mot mit phing di qua dinh ctia hinh nén cit
hinh nén theo mot thiét dien 1a mot tam gidc vuong co dien tich bang 32. Thé tich ctia khéi nén
duge giéi han béi hinh nén da cho la:

A. 46+/27. B. 23V2r . C. 64+/2m. D. 56v/27.

50.5 (T13). Cho hinh tru c6 chiéu cao bang 6v/2. Mot miit phing khong vuong géc véi day va cit
hai m#t day theo hai day cung song song AB, A'B’ v6i AB = A'B’ = 6, dién tich hinh chi nhat
ABB'A’ bing 60. Tinh thé tich cia khéi tru da cho.

A. 150V/2. B. 180v/2r. C. 96v/2r. D. 300v/2.
50.6 (T16). Cho hinh nén c6 chidu cao bing 4. Mot mat phang di qua dinh ctia hinh nén va cit

va mot goc c¢6 s6 do 120° . Thé

hinh nén theo mot thiét dien la tam gidc c6 dién tich bang
tich ctia khéi nén dude giéi han bdi hinh nén da cho bang
A. . B. 127. C. 4r. D. 36m.

50.7 (T17). Cho hinh nén c6 chiéu cao bing 2v/5 . Mot mit phang di qua dinh hinh nén va cit
hinh nén theo mot thiét dién 14 tam gidc vudng can c6 dién tich bing 18 . Thé tich ctia khéi nén
dugde gidi han bdi hinh nén da cho biang

A. 32\;5” . B. 321 . C. 3257 . D. 967 .

50.8 (T18). Cho hinh nén dinh S ¢6 day la hinh tron tam O ban kinh R. Trén dudng tron tam O
lay hai diém A, B sao cho tam giac OAB vuong. Biét dién tich tam gidc SAB bing R%/2. Thé tich
hinh nén da cho bang

A, TEVIL g, TVIL c. VL p, TEVIL
12 2 6 3
50.9 (T2). Cho hinh tru c¢6 thiét dien di qua truc la mot hinh vuong ¢6 canh bang 4a . Dien tich
xung quanh cta hinh tru la

A. S = 16ma>. B. S = 4ma?. C. S = 24ra®. D. S = 8ra®.

50.10. Cho hinh tru ¢6 hai day la hai hinh tron (O) va (O’) , chiéu cao c¢6 do dai bang 2a. Goi («)
I3 mat phang di qua trung diem OO’ va tao véi OO’ mot goc 30° . Biét (o) cit duong tron day theo
mot day cung c¢6 do dai v/6a . Thé tich khéi tru 1a

2 3
A. wad . B. 7;& )

50.11. Cho hinh cau S (I;2) va mot dudng thang d khong cit hinh cau (S). Dung hai mit phéang
qua d va tiép xtic véi mat cau (S)tai hai diém T, 7" sao cho TT' = 2. Tinh khoang cach tit tam cau
dén duong thang d.

A. 2—\3/5 B. V3. C. 4. D. 4—‘3/3.

50.12. Cho hinh nén ¢é chiéu cao bing 2v/3. Mot mit phing di qua dinh cia hinh nén va cit hinh
nén theo mot thiét dien la tam giac vuong can c6 dien tich bang 12. Thé tich ctia khéi nén duge gisi
han béi hinh nén da cho bang

C. 2ma® . D. m/2d® .

2 STRONG TEAM TOAN VD-VDC



Phat trién dé tham khéo 2020

A. 8/3m.

B. 8.

C. 4/3r. D. 12/3r.
50.13 (T8). Cat hinh nén (N) bing mot mit phang di qua truc ctia hinh nén duge thiét dien 1a

mot tam gidc vuong can c6 dien tich bang 4 . Thé tich ctia khéi nén duge gidi han béi hinh nén da
cho bing
8T

A B, 2T
3

3 C. 87. D. 64n .

1. D|[2. A][3. Al[l4. All5. C]l6. B||7. A|[8. C|l9. A]|10.C]|[11. D][12. A][13. A]
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