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PHAN | — DE BAI

GIGI HAN DAY SO

A-LY THUYET VA PHUONG PHAP

GIOI HAN HUU HAN

GIOI HAN VO CUC

1. Giéi han dac biét:

lim iz0; lim i:O(keZJr)
n—+oo N n—-+o0 nk
lim g" =0 (q|<1); lim C=C
n—-+oo N—+00

2. Pinh i :

a) Néu lim u, = a, lim v, = b thi
elim(up+vy))=a+bh
elim(u,—vy) =a-b
e lim (un.vy) =a.b

. u ,
o lim =2 (néub=0)
v, b
b) Néu u, >0, Vnva lim u,= a

thi a>0va lim \/Q:\/g

¢) Néu ‘un‘svn vnva limv,=0
thi limu,=0

d) Néu lim u, = a thi Iim‘un‘:|a|

3. Tong ciia cap s6 nhan 10i v han

S=ui+ug+ W+ ... = 1li_lq (Jal <1)

1. Giéi han dac biét:

lim~/n = +0 limnX = +o0 (k e Z%)

limq" =+ (q>1)
2. Pinh Ii:
) Néu lim|u, |=+co thi lim-=0
u
n

, ) ... u
b) Néu lim u, = a, lim v, = oo thi lim—=0
Vv
n

¢) Néulimu,=a=0, limv,=0

. ..u +00 neu a.v. >0
thi  lim =L = { n

v, —o0 neu a.v, < 0

d) Néu lim u, = +oo, lim v, = a

thi Iim(un.vn):{:fz neu >0

* Khi tinh giéi han ¢6 mot trong cac dang vo

dinh: % % o—w, 0.00 thi phai tim cach khir
o0

dang vo dinh.

B - BAI TAP

DANG 1: TINH GIGI HAN BANG PINH NGHIA

Phwong phap:

e Dé chiing minh limu, =0 ta ching minh véi moi s6 a >0 nhé tuy y ludn ton tai mot s n, sao

cho |u|<a Vn>n,.

e Dé chiing minh limu, =1 ta ching minh lim(u,—1)=0.

e Dé chiang minh limu_ =+ ta chitng minh véi moi sé M >0 16n tiy y, ludn ton tai s6 tu nhién

n, saochou,>M Vvn>n,.

e D¢ chirng minh limu_ =—oo ta chirng minh lim(-u, ) = +o.
o Mot dy s6 néu c6 gigi han thi gigi han d6 1 duy nhat.

Cau 1. Chon ménh dé ding trong cdc ménh dé sau:

A. Néu lim|u,| =+oo, thi limu, = -+oo.
C. Néu limu, =0, thi lim|u, |=0.

B. Néu lim|u,| =+, thi limu, =—o0.

D. Néu limu, =-a, thi lim|u,|=a.
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Céu 2. Gia tri cua lim—L_ bang:
n+1

A.0 B.1 C.2 D.3
Céu 3. Gia trj cua Iimik (k e N*) bang:
n
A.0 B.2 C. 4 D.5
a2
Cau 4. Gid tri cia lim 2 bing:
n+2
A.0 B. ‘3 C.5 D.8
Cau 5. Gia tri caa lim(2n+1) bang:
A. +oo0 B. - C.0 D.1
. S St | R
Cau 6. Giatricua lim bang:
A. +0 B. —© C.0 D.1
Cau 7. Gia tri cua lim—2— bang:
n+1
A. +o B. —© C.0 D.1
Céu 8. Gia trj cua "mcos,nzﬂ bang
n“+1
A. +o B. —© C.0 D.1
Cau 9. Giatri caa lim /n+l bang:
n+2
A. +o B. —© C.0 D.1
3
Cau 10. Gia tri cia lim Sn :n bang:
n
A. +0 B. —© C.0 D.1
. . 2-n
Cau 11. Gia tri cua lim bang:
' Jn+1 :
A. + B. —© C.0 D.1
Cau 12. Gid tri cia A:Iimzn—+21 bing:
n_
A. 4+ B. —© C.2 D.1
Cau 13. Gia trj cia B =lim 21> bing:
n“+1
A. +0 B. —© C.0 D.1
/ 2
Cau 14. Gia tricaa C =lim "+l ban
n+1
A. +0 B. —© C.0 D.1
Cau 15. Gia trj cia A= lim ”‘ZNH
n
1
A. 4+ B. —© C. 2 D.1
H 2
Cau 16. Gia trj cua B = lim 23N =30
n
A. +0 B. —© C. 3 D.1
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Cau 17. Gia tri ca C = lim————— bang:
' n>+2:/n+7 :

A. o0 B. —© C.0 D.1

Cau 18. Giatricia D = lim—n+l bang:
Vn?+3n+2

A. oo B. —o© C.0 D.4

Cau 19. Gid tri cia |im""—| 0 bing:
n!

A. o0 B. —© C.0 D.1
Cau 20. Gia tri cua lim%/a véi a>0 bing:

A. o0 B. —© C.0 D.1
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DANG 2: TIM GIOG1 HAN CUA DAY SO DUA VAO CAC PINH LY VA CAC
G101 HAN CO BAN

Phwong phap: i o .
e Sur dung cac dinh li v€ gidi han, bién doi dua veé cac gidi han co ban.

N . f(n . . P x , N , Z , . s
e Khitim lim E ; ta thuong chia ca tir va mau cho n*, trong d6 k 1a bac 16m nhat cua tir va
g(n
mau.

e Khitim Iim[,k/f(n)—zﬂ/g(n)] trong d6 lim f(n) = lim g(n) = +oo ta thudng tach va st dung

phuong phap nhan luong lién hon.
+ Dung cac hang dang thirc:

(Va-vb)(Va+vb)=a-b;  (Ya-¥b)(3a? +¥ab+3b?)=a b

e Dung dinh li kep: Néu ‘un‘ <v,,vn va limv,=0thilimu,=0
Khi tinh céc giéi han dang phén thirc, ta cht y mét sé truwong hop sau day:

e Néu bac cua tir nho hon bac ctia mau thi két qua cta gidi han d6 bang 0.

e Néu bic cua tir bang bac ctia mau thi két qua cta gidi han d6 bang ti so cac hé so cua luy thira

cao nhat cua tir va ctia mau.

e Néu bac ctia tir 16n hon bac ctia mau thi Két qua ctia gidi han d6 13 +oo néu hé s6 cao nhat cia tir
va mau cung dau va két qua 1a —oo néu hé s6 cao nhat cua tir va mau trai dau.

~ ~ z , - n . u 1 e e 4, ) . , z
Cau 1. Cho day so (u,) Vvéi u, = v n—+1<E. Chon gié tri ding ctia limu, trong cac so6 sau:
u

n

A.l. B.i. C.0. D. 1.
4 2
Cau 2. Két qua dung cua Iim(S— ”Czosznj la:
n“+1
1
A. 4. B. 5. C.-4. D. Z
Céu 3. Gia tri caa. A=1lim 2n+1 bang:
1-3n
2
A. +oo B. —0 C. _E D.1
2
Cau 4. Gia tri cia. B = "m4n+—3n:1 bang:
(3n-1)
4
A. +oo B. —o C. 5 D.1
2
Cau 5. Két qua diing cia lim——t21*1 13
\V3n*+2
A. —ﬁ. B. —g. C. —i. D.i.
3 3 2 2
. . % . 3n—-n* .
Cau 6. Gici han day s6 (u, ) véi u, = la:
4n-5
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A. —0. B. +. C.%. D. 0.
3 —
Cau 7. Chon két qua dung cua lim Y =2n+5.
3+5n
A. 5. B.%. C. 0. D. +oo.
2
Cau 8. Giatricua A= lim 2n_+3n+1 bang:
2
3n°—n+2
A. +oo B. —o C. % D.1
Cau 9. Gia tri cia B = lim———— bang:
n—+/3n*+1
A. +oo B. —w C.0 D. L
1-3
) . _ (2n2+1)4(n+2)9 ‘
Cau 10. Giatricua C =lim - bang:
n'+1
A. +oo B. —w C.16 D.1
2 3 3
Céu 11. Gid trj cia D = lim Vn®+1-33n° +2 bing:
J2n* +n+2-n
_3
A. +oo B. —w C. L \/§ D.1
Y21
4 3
Cau 12. Gid tri cia C = lim——on 12" ping:
v2n*+3n+1+n
A. +oo B. —w C.0 D.1
Y 3
Cau 13. Gia trj cia. F =lim " (2)2 (er;j D bing:
n®+
A. +oo B. —w C.8 D.1
3
Cau 14. Giatricua. C = Iimn—+12 bang:
n(2n+1)
A. +oo B. —w C. % D.1
. y . n*=-3n°+2 .
Cau 15. Gia tri cua. D = lim———— bang:
n"+4n°+1
A. +oo B. —w C.0 D.1
3
CAu 16. Gia tri cua. E = |im—“”+22n+l bing:
n+
A. +oo B. —w C.0 D.1
4/ 4
Cau 17. Gid trj cia. F = lim Y 2n+l+2n bang
Y3n*+n-n
A. +oo B. —w C. i D.1
¥3-1
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Cau 18. Cho day s u, véi u, =(n-1) 42n—+221 . Chon két qua dung cua limu, la:
n*+n° -
A.—o0. B.O . C.1. D. +o0.
Cau19. lim—>  bing:
Jnt+n®+1
A. +0. B.10. C.0. D.—o0.
Cau 20. Tinh giéi han: lim ¥ 1=%
An+1+n
A.l. B.O. C.-1 D.%.
.. 1+3+5+....+(2n+1
Cau 21. Tinh gigi han: lim o +2 +(2n+1)
3n°+4
A.0. B.1 C.g D.1.
3 3
. e o ar n-1 1
Cau 22. Chon két qua dang cua lim, |3+ =
3+n° 2"
A 4. B. 3. C. 2. D.%.

k
Cau 23. Gidtricia D = [im 2 _*-+a&N+3
bpnp+...+b1n+bO

(Trong @6 k, p la céc sé nguyén duong; ab, #0).

bang:

A. o0 B. —© C. bap an khac D.1

n-2
Cau 24. Két qua dung chalim2—>_ Ja:
3"+2.5"
A -2 B. - c.2. p. -2
2 50 2 2
n_ n-1 _ .
Cau 25. lim>—%2_ =3 ping:
3.2"+4"

A. +o. B. —o. C. 0. D. 1.

Cau 26, Gid trj cia C = lim 2> biing:
2n+ +3n+

A. +o© B. —o C. —% D.1
Cau 27. Gia trj déing cua lim(3"-5") la:

A. —o0. B. +o. C. 2. D. -2.

R e . 32"-3"
Cau 28. Giatri cua. K =lim—————= bang:

2n+ 3n+
1

A. 3 B. —o C.2 D.1

Cau 29. lim >~ bing :
+1

A. 4. B.1. C.0 D.—w.
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n n+l

Cau 30. lim§}——— bang :

3"+4
A0 . B.L. c.t. D.+o0
2 4
Cau 31. Giatri cua. C =lim | ~= 4 ping:
3n+ n+
1
A. +o0 B. ~ C.0 D. 1

l+a+a’+..+a"
1+b+b?+...+b" "
1-b

A. +o B. —© C. — D.1
1-a

k k-1
a,n‘+a N +..+an+a, .
R AT i ab, #0
b,.n® +b,_,n""+..+bn+b
A. 4o B. —© C. bap an khac D.1

Céau 34. Iim(nzsin%—2n3] bang:

Cau 32. Cho céc so thyc a,b théa |a| <1 |b| <1. Tim gi6i han | = lim

Cau 33. Tinh giéi han cua diy sé6 A= lim

A. +o0. B. 0. C. -2. D. —0.
Céu 35. Gidtricia. M = Iim(\/n2 +6n —n) bang:
A. 4 B. —w C.3 D.1

Cau 36. Giatricua. H =lim

—

vni+n+1- n) bang:

—o0 C. i D.1
2

W

A. +0

Cau 37. Giatricua B = Iim(\/2n2 +1—n) bang:
A. 4o B. —o C.0 D.1
Bai 40. Gia tricua K =limn \/n2+1—n) bang:

A. +o B. —© C. % D.1

—_—

Cau 38. Gié trj dang cua Iim(\/nz —1-+/3n? +2) la:

A. +oo. B. —oo. C.0. D. 1.
Cau 39. Gid tri cia A= |im(m—n) bing:

A. 4o B. C.3 D. 1
Cau 40. Gid tri cia B = Iim(m—n) bing:

A. 4o B. C.0 D. 3

Cau 41. Giatricua D = Iim(\/n2 +2n—-3n* + 2n2) bang:

A. +o B. —© C. % D.1
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Cau 42. Gid tri cia. M = |im(%/1—n2—8n3 +2n) bing:
1

A —— B. —w C.0 D.1
12
Cau 43. Giatricua. N = Iim(\/4n2 +1-3/8n° + n) bang:
A. +oo B. —© C.0 D.1
Cau 44. Gid tri cia. K = |im(%/n3 n?-1-3Jan?+ n+1+5n) bing:
5
A. +oo B. —© C.— D.1
12
Cau 45. Gid tri cia. N :lim(%/n3+3n2+1—n) bing:
A. +oo B. —© C.0 D.1
Cau 46. Gid tri ding cua Iim[\/ﬁ (Vn+1- n—l)} la:
A. -1. B.O. C. 1. D. +w.
Cau 47. Giatricua. H =lim n(€/8n3 +n—+/4n’ +3) bang:
2
A. +oo B. —© C. —g D.1
Cau 48. Giatricua A= Iim(\/n2 +2n+2+ n) bang:
A. +oo B. —© C.2 D.1
Cau 49. im¥/200-3n° +2n? bing :
A.0. B.1. C.+. D.—.
3, e _ .
Cau 50. Gia tricua. A=1lim 2 +imin ! bang:
n® +
A. +oo B. —© C.2 D.1
Nl .
Cau 51. Gia tri cua. B = lim———— bang:
Vn®+2n
A. +oo B. —© C.0 D.1
A P . n+1 N
Cau 52. Giatricua. D=1lim bang:
n2(v/3n? +2 —+/3n2 -1)
A. +oo B. —© C. i D.1
NG
Cau 53. Gia tri cia. E =lim(v/n?+n+1-2n) bang:
A. 4o B. —0 C.0 D.1
Cau 54. Giatricua. F :Iim( n+1+n) bang:
A. +oo B. —© C.0 D.1
Cau 55. Gia tri cia. H =lim({n* +1-%n? -1) bing:
A. +oo B. —© C. bap an khac D.1

1

Cau 56. Tinh giéi han cta ddy sé u_ =

A. +o B. —© C.0 D.1

1 1 .
2\/i+\/§+3\/§+2\/§+m+(n+1)\/ﬁ+n\/n+1 '
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. . N+D)VIE+2° +..+n°
Cau 57. Tinh gidi han cuaa day so6 un:( FDVL 274 :

3n*+n+2
A. +oo B. —o C. % D. 1
Cau 58. Tinh gici han cia day s u_ = (1-=)1-2)...(— ) trongdo T, = "+ .
Tl T2 Tn
1
A. +oo B. —o C. 3 D. 1
3 4 23 _ 3
Cau 59. Tinh gii han cia day sé u, ==+ 5 & 0 -1
2°+1 3+1 n°+1
A. +oo B. —o C. % D. 1
) N o n 2k -1
Cau 60. Tinh gisi han cua day so u, =Y i
k=1
A. +oo B. —o C.3 D. 1
Cau 61. Tinh gi6i han cua ddy s6 u, =q+29¢° +...+nq" Vvéi |q<1 :
A. +oo B. —o c.—4_ D. .
(1-q) (1+a)
Cau 62. Tinh gi¢i han cua day s§ u, = > "
—~'n°+k
A. +oo B. —o C.3 D. 1
3/.6 _ 4 _
Cau 63. Tinh gi6i han cua ddy s6 B =lim Un®+n+1 4\/2 +2n-1
(2n+3)
A. +oo B. —o C.3 D. _73
CAau 64. Tinh giGi han cua ddy sé C = Iim(\/4n2 n +1—2n)
A. +oo B. —o C.3 D. %
Cau 65. Tinh giéi han cua ddy s6 D = Iim(\/n2 +n+1-23n® +n? —1+n)
1
A. +oo B. —o C. -2 D. 1
Cau 66. Cho day sé (x) xdc dinh bai x, :%, X =X 4+x V>l
bat S = ! + 1 oot . Tinh limS_ .
X +1 X,+1 X, +1
A. +oo B. —o C.2 D. 1
Cau 67. Cho ddy (x,) dugc xac dinh nhu sau: X, :£+£+...+ K
21 3l (k +1)!

N H r: n n n
Tim limu_ véi u, =Q/x1 + X5+t X -
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A. 4+ B. —w C. 1—L D. 1+L
2012! 2012!
u, =2011 ,
Cau 68. Cho day sb (U,) duoc xac dinh bai: 1.Tim lim&
i1 = Uy +U_§ n
A. 4+ B. —w C.3 D.1
Cau 69. Cho day x>0 xac dinh nhu sau: f(X) :X+—1_1. Tim (0;+00).
X
A. +o B. —0 C. 2010 D.1
Cau 70. Tim limu_ biét u_ = n'\/1+3+5:r"'+(2n_1)
2n° +1
A. 4 B. —w C. % D.1
3 —_— f—
A N VXZ242X71 iy 1
Cau 71. Tim limu, biét f(x)= X—1
3m-2 khi x=1
3
A. 4+ B. —o C.2 D. ﬁ
V2
A N VXL hixs 0
Cau 72. Tim limu_ biét f(x)= X
2x*+3m+1 khix<0
A. 4 B. —w C.2 D.1
V2xX—-4+3 khi x> 2
Cau 73. Tim limu_ biét f(x)= x+1 ] trong do x #1.
> khix <2
X —2mx+3m+2
A. 4+ B. —w C. 1 D.1
3
. iy s 1
Cau 74. Tim limu, biét u, =
;\/nz +k
A. 4o B. —w C.3 D.1
Cau 75. Tim limu, biét u, =+/2y2..4/2
n dau can
A. 4+ B. —w C.2 D.1
Cau 76. Goi g(x) =0, Vx<2 la diy sé xac dinh béi o . Tim lim f(x) = lim (\/2x—4 +3) =3.
x—2* x—2"
A. 4+ B. —w C. % D.1

2

2
Cau 77. Cho day sb A:(Xl2 +%X1X2] +(%X1X2 + Xzzj +%X12X22 +3>0 dugc xac dinh nhu sau

SX =X,
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bat xsg.Tim <X +2x-3/3-2x-4=0.

A. + B. —© C. % D.1
Cau 78.Cho a,beN",(a,b)=Lne{ab+Lab+2,.}. Kihiéu r, 1aso cdp so (u,v) e N*xN* sao cho
n=au-+bv. Tim Iimr—”:i.
n—w N ab
A. +o B. —© C. i D. ab-1
ab
1
Ul :E
Cau 79. Cho day sé c6 gigi han (u,) xac dinh boi : 1 . Tim két qua dang cua limu,_ .
Uy, = ,n=1
2—-U,
1
A.0. B.1. C.-1. D.E
Cau 80. Tim gia tri dung cua S =/2 1+£+£+1+...+i+ ....... :
2 4 8 2"
A~2+1 . B. 2. C.2V2 . D.%.
Cau 81. Tinh gisi han: lim| - + = &+ _+— 1
1.2 23 n(n+1)
A.0 B.1. C.g. D. Khéng c6 gidi
han.
Cau 82. Tinh gisi han: lim| =+ 4+
1.3 35 n(2n+1)
A.l. B.O. C.%. D.2.
Cau 83. Tinh gisi han: lim| =+ 4. +—*
1.3 24 n(n+2)
A.E. B.1 C.0. D.g.
4 ' 3
Cau 84. Tinh giéi han: lim i+i+...+ ! :
14 25 n(n+3)
E B. 2. C. 1. D.E.
18 2
Cau 85. Tinh giéi han: lim (1—%](1—%]...(1—%] .
2 3 n
A. 1. B.i. C.i. D.E.
2 4 2
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GIG1 HAN HAM SO

A-LY THUYET TOM TAT

Gidi han hiru han

Gid6i han vo cue, gioi han ¢ vo cuc

1. Giéi han dac biét:

lim X=Xp; limc=c
X—)X0 X—)X0
(c: hang s6)
2. Dinh li:
a) Néu lim f(x)=L va lim g(x)=M
X—>X

X—)XO

thi: lim [f(xX)+g(x)]=L+M

0

lim [f(x)-g(x)]=L-M

0

lim [ f(x).9(x)]=L.M

0

fo_L

lim — (néuM = 0)
x-x, g(x) M
b) Néu fix)>0va lim f(x)=L
X—)XO

thi L>0va lim f(x) =L
X—)XO

¢) Néu lim f(x)=L thi lim |f(x)|=IL]
X—)X0

X—)XO
3. Giéi han mgt bén:
lim f(xX)=L<

1. Giéi han dac biét:

k

=+ lim X

. o0 |
lim K :{+ neu k chan

X—>+00 X—>—00 —oo neu k lel
lim c=c; lim —=0
X—>+00 x—to0 yK
.1 1
lim —=-w; lim ==+
x—0" X x—0" X
.1 .1
lim == lim —=+0
x—>0‘|X| x—0" X|
2. Dinh li:
Néu lim f(x)=L=0va lim g(x) =+ thi:
X—)XO X—)XO
+o0 neu L va lim g(x) cungdau
lim f(x)g(x) = % )
XX, ()g(x) —oo neu L va lim g(x) traidau
X—)XO

0 neu lim g(x)=zw

- f(x) % |
lim —== )40 neu lim g(x)=0 vaL.g(x)>0
x—X, g(X) X=X,
—oo neu lim g(x)=0valL.g(x)<0
X—)X0

lim f()= lim f(x)=L Khi tinh gi&i han ¢6 mot trong cac dang vo dinh: 0’
X=X, X=X, o
—, 0 —o0, 0.00 thi phai tim cach khir dang vo dinh.
o0
B — BAI TAP
DA_)NG 1: TINH G101 HAN DANG BANG DPINH NGHIA HOAC TAI MOT
PIEM
Phwong phap:

+ Str dung dinh nghia chuyén gigi han ciia ham s vé giéi han cua day sé.
+Néu f(x) la ham so cho béi mot cdng thuc thi gia tri gidi han bang  f(x,)
+ Néu f(x) cho bai nhiéu cong thire, khi d6 ta sir dung diéu kién dé ham sé cé gioi han ( Gigi han

trai bang gisi han phai).

X3 +2x% +1

Cau 1. Chon két qua dung trong cac két qua sau cua Iimlﬁ la:
x>-1 22X +
A. -2. B. —i. C.i. D. 2.
2 2
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8 —_ N
Cau 2. lim # bang:
x>23X" +X+2
A—co0,. B. —E.. C. E D. +oo.
4 4
A N - N 2y X+1 N . ~
Cau 3. Tim gidi han ham so I|rr11—2 bang dinh nghia.
X—>. X_
A. 4+ B. —o C. -2 D.1
Cau 4. Tim gi6i han ham sb |in;(x3 +1) béng dinh nghta.
A. 4o B. —w C.9 D.1
Cau 5. Tim gigi han ham s6 "n}—,x+31—2 bang dinh nghia.
X—. X_
1
A. 4+ B. —o C. -2 D. 2
A N « o x o X+3 s . .
Cau 6. Tim gi6éi han ham so lim Y2 bang dinh nghia.
X—>+0 X_
A. 4+ B. —o C. -2 D.1
2
Cau 7. Tim gioi han ham sé lim ZX—’;” bing dinh nghia.
X—>—00 X+
A. 4+ B. —o C. -2 D.1
A N ., N L oa- 3x+2 N . .
Cau 8. Tim gidi han ham so I|rr11 V] bang dinh nghia.
X X_
A. 4+ B. —w C.5 D.1
. . 4x* —3x ek oar e
Cau 9. Cho hamso f(x) = ; . Chon ket qua dang cua lim f (x):
(2x-1)(x*-2) 2
A g X5 c. 5, p. Y2,
9 3 9 9
Cau 10. Tim giéi han ham s6 lim X *t4-2 bang dinh nghia.
x—0 2X
A. 4+ B. % C. -2 D.1
A N s xoa AX=3 . .
Cau 11. Tim gidi han ham so lim bang dinh nghia.
x—-1" X —
A. 4 B. —o C. -2 D.1
Cau 12. Tim giéi han ham sé 1im >X=2 bing dinh nghfa.
X2 X —
A. 4+ B. —o C. -2 D.1
2
Cau 13. Tim giéi han ham sb "n}2x+—x13 bang dinh nghia.
X—. X_
A. 4+ B.5 C. -2 D.1
Cau 14. Tim gioi han ham s6 lim (2"*1)4 bing dinh nghia.
X—> —X
A. 4+ B. —o C. -2 D.1
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2

Cau 15. Tim gigi han ham s6 lim bang dinh nghia.

x—>+0 2x% 41
A. +o0 B. —oo C. g D. 1
Cau 16. Tim gi6i han ham s6 lim (x*+x—1) bang dinh nghia.
A. +o0 B. —oo C. -2 D.1
x* —

Cau 17. Tim gigi han ham s lim bang dinh nghia.

ac (x4+1)(2—x)

A. +oo B. —w C.0 D.1
2
Cau 18. Tim gioi han hamsé lim X |+ 3 14+2 bing dinh nghia.
x—>-1" X+
A. +oo B. —w C. -2 D. -1
~ N ., - R z . X2 —X+1 3 . -
Cau 19. Tim gidi hanham so A= Ilrrl1—1 bang dinh nghia.
>l X+
A. +oo B. —w C. 1 D.1
2
Cau 20. Tim giéi han ham sé B = lim 222X+ L 3o dinh nghia.
H% sinx+1
A. +oo B. o C. 4‘/§9+6 D.1
3 - N
Cau 21. Tim gioi han ham sé C = |in3—“’“;21x+1 bing dinh nghfa.
x> X +
A. +o0 B. —o C.¥2+1 D. 1
3/
Cau 22. Tim giéi han hamsé D = IirrllL;Jrl bang dinh nghia.
X—>! X_
A. +oo B. —w C. -2 D. -3
Cau 23. Tim gi6i han ham s6 A= lim —"* bing dinh nghia.
x>-2 X+ X+4
A. +oo B. —w C. —% D.1
. N . _sin®2x-3Cc0sX s .. N
Cau 24. Tim gidi han ham so6 B = lim " bang dinh nghia.
NN an x
6
A. +oo B. —w C. ﬁ—g D.1
4 2
[5y2 _ _3f .
Cau 25. Tim giéi han ham s C = lim 2X ;<+21 5 2X+3 bang dinh nghia.
X—>! X —
A. +o0 B. —o C. %-% D. V235
Cau 26. Tim gidi han ham s D = limY3X+1-2 bing dinh nghia.
=1 Y3x+1-2
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A. +o B. —© C. 5 D.0

x> -3 khi x>2
x=1 Kkhi x<2
A 1. B.O. C.1. D. Khéng ton tai.
x> +ax+1 khi x>2

2x2—x+1 khi x<2

Cau 27. Cho hamsé f (x) :{ . Chon két qua ding cua lim (x):

Cau 28. Tim a dé ham sé sau ¢6 gisi han khi x — 2 f(x) :{

A. +0 B. —w© C.% D.1
Cau 29. Tim a dé ham s& S gisi han tai x=0 (X Sax’ +3x +2a+1 khi x>0
au 29. Tim a d& ham s6 sau c6 gigi han tai x = X) =
1+ Xx+VX2+x+2 khi x<0
A. +x B. —o C. % D.1

Sax’+3x+2a+1 khi x>0

1+ X+Vx2+x+2 khi x<0

Cau 30. Tim a déhamsb. f(x) :{ 6 gidi han tai x — 0

A. +oo0 B. —o C. % D. 1
q : 2 1 khi x>1
Cau 3l Tim a déhamsé. () =14 " ' X>2 ¢6 gisi han khi x - 1.
2x?—x+3a khi x<1
A. +oo0 B. —o C. -% D. 1
DANG 2: TINH GIGI HAN DANG VO PINH
0
1.L=lim % véi P(x), Q(x) 1a cac da thirc va P(Xg) = Q(Xp) =0
X=Xy X
Phan tich cd tiz va mau thanh nhan tiz va rit gon.

Chuy:
+ Néu tam thac bac hai ax’+bx+c c6 hai nghiém x,x, thi ta lubn c6 su phan tich

ax® +bx+c=a(x—x)(X—X,) .
+a"-b"=(a-b)@" ' +a"*b+..+ab"*+b" ")

2L = tim PO ysi P(Xo) = Q(Xo) = 0 va P(x), Q(X) la céc biéu thirc chira ciin cling bac

X—>Xo Q(X

Sir dung cac hang dang thire dé nhén heong lién hop ¢ tir va mau.
Cac lwong lién hop:

+ Wa-vb)Wa+vb)=a-b
+ Wazib)a? £ ¥ab+Ib*)=a-b
+ ®a-Yo)Wat +¥am b +..+¥b ) =a—b

3. L = 1im 2% Vi P(xo) = Qxo) = 0 va P(x) 12 biéu thiic chita ciin khong ddng bic

X—>Xo Q(X
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Gia sir: P(x) = tfu(x) —v(x) vaui gu(x,) = v(x,) =a.
Ta phan tich P(x) = (gfu(x) -a)+(a—gv(x)).

Trong nhiéu treong hep viéc phan tich nhw trén khong di dén két qua ta phai phén tich nhw

sau:  Qu(x) —gv(x) = Ru(x) —m(x)) - (Gv(x) —m(x)), trong d6 m(x) - c.

2
. . : . XS+ 2x+1
Cau 1. Chon két qua dung trong cac két qua sau caa lim A roxss

5 la:
x>-1 2X° + 2
A. 0. B. 0. C.%. D. +m.
3 a2
Cau 2. Tim gidi han A= lim =X 2 .
x>l X°—4X+3
A. +0 B. —o C. g D.1
4 2
Cau 3. Tim giéi han B = lim XX *4 .
Xx—2 X° —8
1
A. +0 B. —o C.—2 D.1
3 _ _ 4
Cau 4. Tim gici han C = lim 1+30 -(@1-49) .
X—> X
1
A. +o B. —o C.—¢ D. 25
Cau 5. Cho ham sb f(x):\/xz__g. Gid tri déing ciia lim f (x) I
x2 -9 x—3*
A. —o0.. B. 0.. C. 6.. D. +o.
Cau 6. Tim gisi han D:Iirrg(1+X)(1+2X)(1+3X)_1 ;
X—> X
1
A. +o B. —o C.—¢ D.6
R . .ox"-1
Cau 7. Tim gidi han A:Img T (mneN*) :
X—> X -
A. +o0 B. oo c. D. m—n
m
Céu 8. Tim gidi han B = Iin(}—‘lJraX_1 (neN*,a=0) :
X—> X
A. +o0 B. oo c 2 p.1-1
n a
Cau 8. Tim gici han A= lim~t X =1 vsi ab-0
%0 U1+ bx —1
A. +o0 B. —oo c. am D.1+2M
bn bn
3 4 _
Cau 9. Tim gii han B = lim iraxdle Bxifieyx-1 afy #0.:
X—> X
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A. +o0 B. —oo c.g=r_B.2 D.B=L+L,&
4 3 2 4 3 2
2
Cau 10. Tim gii han A= lim 2% X *+2 .
x>2 X*—3X—-2
A. + B. —o C. % D.1
4
Cau 11. Tim gii han B = lim % —X*2 .
x->1 X*+2X—-3
A. + B. —o C. % D.1
Cau 12. Tim gigi han C = lim Y2X+3=X .
>3 X°—4X+3
A. + B. —o C. —% D.1
3 —
Cau 13. Tim giéi han D = lim~>X+2=1 .
0 42x +1-1
A. + B. —o C. % D.1
3 —_— —
Cau 14. Tim gioi han E = limS2X12VX+2 .
=7 4ox+2-2
A. + B. —o c.=2 D.1
27
L L Jex+1 1)(4x+1) -1
Cau 15. Tim gigi han F :Img \/( X+DEx+1)(@Ex+1) :
X—> X
9
A. + B. —o C.3 D. 1
_3
Cau 16. Tim gidi han M = Iing JL+4x 2\/1+6X :
X—> X
1
A. + B. —o C. 3 D. 0
Cau 17. Tim gici han N = lim UL+ax-Ul+bx .
X—> X
A. +o0 B. oo c.2_b p. 2.0
m n m n
Cau 18. Tim gi6i han G = lim Vi+axyl+bx -1 .
X—> X
A. +o0 B. oo c. 2.k p. 2.0
m n m n
. N _(1+mx)" —(1+nx)"
Cau 19. Tim gidi han V = I|rr01 > :
X— X
A 40 B. —oo c. mn(n-m) p. Mn(n+m)
2 2
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(R ). (- 5)

Cau 20. Tim gi6i han K =lim

x—1 (1_X)“—1
1
A. 4+ B. —w C. e D.0
n!
(\/1+ X +x) —(\/1+ X —x)
Cau 21. Tim gidi han L = Iirrg
X—> X
A. +oo B. —o C. 2n D.0
2
Cau 22. Tim giéi han A=lim X _2X*2 .
X—2 X° —8
1
A. 4 B. —w C. 2 D.0
4 2
Cau 23. Timgiéi han B =lim "X *2.,
x>l X" +2X—-3
A. 4+ B. —w C. —% D.0
Cau 24. Tim gigi han C = lim Y2X*373 .
x-3 X°—4X+3
A. 4+ B. —w C. % D.0
3 —
Cau 25. Tim giéi han D = lim~X+2=1 .
-0 2x+1-1
A. 4o B. —w C. % D.0
N . Y(2x+1 D(4x+1) -1
Cau 26. Tim gigi han F :Img \/( X+DEx+1)(@Ex+1) :
X—>! X
9
A. 4o B. —w C. - D.0
_3
Cau 27. Tim gii han M = lim JLtax-3L+6x
x>0 1-cos3x
A. 4+ B. —w C. g D.0
Cau 28. Tim gi6i han N = lim Vltax—Yi+bx .
0 1ex-1
2(an—bm
A. 4 B. —w C. (—) D.0
mn
. . _(1+mx)" —(1+nx)"
Cau 29. Tim gigi han V =lim :
o0 1+ 2x — 31+ 3x
2(an—bm
A. +o B. —© C. 2(an-bm) D. mn(n—-m)
mn
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Cau 30. Tim gidi han K =lim

x—1 (1_X2)”‘1
1
A. + B. —© C. e D.0
n!
_3
Cau 31. Tim giéi han A= ng\/4x+1 Y2x+1
X—> X
4
A. +0 B. —© C. g D.0
Cau 32. Tim gisi han B = limY2X+5=3 .
" fox+3-2"
A. +o B. —© C. i D. g
3 5
Cau 33. Tim gigi han C = lim Y2x+3+2+3x .
an Vx+2-1
A. +0 B. —© C. % D.3
Cau 34. Tim gi6i han D = lim 2 X* < X+2 .
=2 X —3(3x+2
A. +0 B. —© C. % D.1
_3
Cau 35. Tim gi¢i han A=1 ngJ“ZX 2J1+3X :
X—>! X
1
A. +0 B. —© C. E D.0
Cau 36. Tim gi6i han B  lim Y2+ 4X Y7 +6x .
o1 x4 x?-x-1
A. + B. —© C. % D. -1
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DANG 3: TINH G101 HAN DANG VO PINH =
o0
Phwong phap:
L= lim w

Vi P(x), Q(x) 14 cac da thirc hodc céc biéu thic chira can.

— Néu P(x), Q(x) 1a cac da thirc thi chia ca tir va mau cho Iuy thira cao nhét cua x.
— Néu P(x), Q(x) c6 chira can thi ¢ thé chia ca tir va mau cho luy thira cao nhat
lugng lién hop.

Tuong tu nhu cach khir dang vo dinh ¢ day sé. Ta can tim cach dua vé cac gioi han

+ lim x* =400 lim x2* =400 (—0).
X—>+00 X—>+%0
(x—>—0) (Xx—>—0)
.k
+ lim —=0 (n>0;k #0).
x—+0 X"
(Xx—>—0)

4 1im £ (X) = 400 (—0) < lim—— =0 (k#0).
X—>Xo X—Xg f(X)

) trong dé P(x),Q(x) — «, dang nay ta con goi la dang vé dinhf.
X

o0

cua X hoac nhan

Cau 1. lim bang:
x>® 3X + 2
A. 0. B. 1. C.g. D. +oo.
4
Céu 2. Gi tri déng cta lim * " I
x>+ X7 41
A. -1 B.1.. C. 7. D. 4.
2
Cau 3. Tim gidi han C = lim 2X=¥3X +2 .
x>0 By 42 +1
A. 40 B. —© C. % D.0
2
cau 4. lim2X 21 bang:
X—0 3_ X
A. -2. B. —1. C.l. D. 2.
3 3
A R X X2 +1 Z YV an , .
Cau 5. Cho hamso f(x) = —— . Chon ket qua ding cua lim f(x):
2X"+Xx°-3 X+
A.i. B.ﬁ. C.0 D. 4.
2 2
cau6. lim -3 bang:
o \J2x% +3
A2 g V2. c 32 p. -2
2 2 2 2
3 4 6
Cau 7. Tim giéi han D = lim Y X X .
= 14+ X3+ x*
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A. +0 B. —© C. % D.1
Cau 8.Cho hamsb f(x)=(x+2),|— X_2 . Chon két qua dung cua lim f (x):
X+ X+ X0
A 0. B. % C.1. D. Khéng ton tai.
/ 2
Céu 9. Iimx—mbéng:
ol 2|x]-1
1
A. 3. B. —. C. 1. D. +oo.
2
~ Z . 2, , Z , .- X4 +8X N
Cau 10. Chon ket qua dang trong céac ket qua sau cua lim — > la:
x>t X7+ 2X°+ X+ 2
A -2 B. 21, c. -2, p. 2.
5 5 5 5
Cau 12. Tim gigi han E = lim (vX* —=x+1-x) :
A. +o B. —© C. —% D.0
Cau 13. Tim gigi han F = lim x(v4x*+1-x) :
A. 4+ B. —© C. % D.0
Cau 14. Chon két qua ding trong cac két qua sau caa lim (4X5 -3+ X+1) la:
A. —o0. B.O. C. 4. D. 4.
Cau 15. Chon két qua dung trong céc két qua sau caa lim Vx* —x* + x> —x Ia:
A. —o0. B.O. C. 1. D. 4.
Cau 16. Tim gi6i han B = lim (x—\/x2 +x+1) :
4
A. +o B. —© C. - D.0
3
Cau 17. Tim giéi han M = lim (VX2 +3x+1 -+/x2 - x+1) :
A. +oo B. —o C. % D. bép an khac
Cau 18. Tim gi6i han N = lim (\3/8x3 1+ 2x —2x) :
4
A. 4+ B. —© C. g D.0
Cau 19. Tim gi6i han H = lim ({‘/16x4+3x +1-+4x? +2) :
4
A. +o B. —© C. - D.0
3
Cau 20. Tim gigi han K = lim (\/x2 +1+UX - x —2x) :
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A, +o B. —o C. —% D. 0
2
Cau 21. Tim gidi han A= lim o "X+
Xo+o 2X° + X +1
A, +0 B. —o C. g D. 0
Cau 22. Tim gioi han B = lim 22X T & X¥& o h o) -
x>0 X"+, + b, X +D0,
A. +oo B. —© C. % D. bép an khac
3fay3 1 2
Cau 23. Tim gioi han A= lim Y3 +1-V2x x4l
oo Yaxt 2
3
A. +o0 B. —o c, Y32 D.0
V2
2
Cau 24. Tim giéi han B = ljm X F122x+1 .
e Yo -2 +1
A, + B. —o C. % D. 0
3 4
Cau 25.Tim giéi han A= lim XD (X2
X—>+0 (3_2)()
A, +0 B. —o c. -+ D. 0
16

2
Cau 26. Tim gi6i han B = lim Y2X Z3X+4-2x .

oo X+ X+1-X

A. +o0 B. — C.2 D. 0
2
Cau 27. Tim giéi han C = lim XV +2 .

>4 Bx —AXx? +1

A. 4w B. —w C. 2*4‘/5 D.0
3 4 6
Cau 28. Tim gidi han D = lim S X X .
= J1+ %% + x*
A. 40 B. —© C. 4 D. -1
3
Cau 29. Tim gigi han A= lim (\/x2 +x+1-32x3 +x—1) :
4
A. 40 B. —© C. 3 D.0
Cau 30.Tim gii han C = lim (\/4x2 + x+1—2x) :
A. 40 B. —© C. % D.0
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Cau 31. Tim gigi han D = lim (ﬁ/x3 + X2 +1++/x2 +x+1) :

X—>—0

1

A. +o B. —© C. —= D.0
6
Cau 32. Tim gigi han A= lim (\/x2 Fx+1-2UX2 —x+ x) :
3
A. + B. —© C. E D.0
Cau 33.Tim giéi han B = lim x(v/x2 +2X -2 X2 + X +X)
A. +o B. —© C. —% D.0
Cau 34. Tim gioi han A= lim 22X T F&aX® & "o h o) -
x>0 X"+, + 0, X+,
A. +oo B. —© C. 4 D. bép an khac
3
2 3 3
Cau 35. Tim gigi han B = lim VA X+ 4B X1
X—>-+a0 m
4
A. +o B. —© C. g D.4
2 3/y3
Cau 36. Tim gigi han C = lim VA¢ 24341
o X +1-X
A. +o B. —© C. g D.0
2
Cau 37. Tim giéi han D = lim XXX 1t 2x+1
> 2%+ X +14 X
A. +0 B. —© C. % D.0
Cau 38. Chon két qua ding trong cac két qua sau caa lim X2 cos-2- 1a:
X—> nX
A. Khdng tdn tai. B.O. C.1. D. 4.
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DANG 4: GIGI HAN MQ BEN VA CAC DANG VO PINH KHAC

Phwong phap:
1. Giéi han mét bén : Ap dung dinh ly gigi han cia mot tich va mat thuong..
2. Dang o —o: Gi¢i han nay thuwong cé chira cin
Ta thuong sir dung phuong phap nhan luong lién hop cia tir va mau, Sau d6 tim cach bién d6i dua

A 0
ve dang —.
o0

3. Dang 0.c0:
Ta ciing thuong sir dung cac phuong phap nhu cac dang & trén.

Cau 1. Chon két qua ding cua lim (i—ij:

x—0" X2 X3
A. —o. B.O. C. +o. D. Khéng ton tai.
. X—x*
Cau 2. lim———bang:
1 \[X—141-X :
A. -1. B. 0. C. 1. D. +oo.
2
Céu 3. Iimxz—mbz‘ing:
x—1" X© —
A. —o0, B.-1. C. L D. +oo.
. o |x=3
Cau 4. Gia tri dung caa lim——
i x->3 X—3
A. Khong ton tai. B. 0. C. 1. D. 4.
Cau 5. Tim giéi han A= lim (\/x2 —x+1—x) :
1
A. +oo B. —w C. 5 D.0
Cau 6. Tim gidi han B = lim (2x+\/4x2 - x+1) :
A. +oo B. —w C. % D.0
A N 1 1 X4 a4 o I
Cau 7. Chohamso f(x)=— R Chon két qua dang cua lim f (x):
X© — — x—1"
A. —o0. B. —g. C.g. D. +oo.
3 3

Cau 8. Tim gi6i han C = lim [Q/(x+a1)(x+a2)...(x+an) -X] :

a+a,+.+a,

C Attt 43,

A. +o© B. —o© D.
n 2n
Cau 9. Tim gigi han A= lim (vVx* = x+1-X) :
A. +o© B. —© C. —% D.0
Cau 10. Tim gigi han B = lim x(v/4x* +1-X) :
A. +o© B. —© C. % D.0
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Cau 11. Tim giéi han C = lim (VX2 = x+1 /x> + x+1) :

A. +oo B. —© C. % D. bép an khac
Cau 12. Tim gi¢i han D = Xlirpw(m —2%)

A. +oo B. —o C. % D.0
Cau 13. Tim gi6i han E = Xlirpw(4/16x4 +3x+1-/4x2+2) :

A. +oo B. —o C. % D.0
Cau 14. Tim gi¢i han F = Xlirpw(x—ﬂ )

A. +oo B. —o C. % D.0
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DANG 5 : GIOI HAN LUQNG GIAC

Phwong phap: L
Ta su dung cac cng thie lugng giac bién doi vé cac dang sau:
oli mﬂ—l mi—l tudaysuyrallm fan X —lim—>—=1.
x>0 X x08inX X x-0 tan x
e Néu limu(x) =0 = lim IMUO) g vy jim BOUD
X—%g x=>%  U(X X—>Xo U(X)
Cau 1. Tim gidi han A= Imglcﬂ :
X—> X
a
A. +oo B. —w C. 2 D.0
Cau 2. Tim giéi han A= ljm LESINMX —cosmx .
x>0 1+5sin NX—Ccos nx
A. o0 B. c. D. 0
n
Cau 3. Tim gidi han B = Img1 cos x.co§2x.cos3x :
X—> X
A. +oo B. —o C.3 D.0
Cau 4.Tim giéi han A= lim1=%82X .
x—0 . 3X
2sin—
2
A. +oo B. —w C.1 D.0
Cau 5. Tim gigi han B =lim Cos2x—cos3x .
o x(sin3x —sin4x)
A. +oo B. —w C. > D.0
2
tan® 2x
Cau 6. Tim giéi han C =lim——— :
: x-01—3/cos 2x
A. +oo B. —o C.6 D.0
2
Cau 7. Tim giéi han D =lim :
: x=0 /14 Xsin 3X —c0s 2X
A. +oo B. —w C. ! D.0
2
Cau 8.Tim gidi han A=Ilim. M
-1 sin(zx")
A, o0 B. c. D. 0
m
Cau 9. Tim giéi han B = lim(Z—x)tan x :
x%z
5
A. +oo B. —w C. 2 D.1
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Cau 10. Tim gidi han C = Iirrg X“ sinl (a>0):
X—> X

A. +o0 B. —© C.

N | ol
O
o

Cau 11.Tim gi¢i han D = lim (sinvx+1—sin+/X) :
A. +oo B. - C. g D.0

Cau 12. Tim gi6i han A= lim S083X=€084x .
x>0 C0S5X — C0S6X

A. +o© B. —© C. ’ D.0
11
_3 i
Cau 13. Tim gidi han B = Iim1 1.+23|n2x :
x>0 sin 3x
A. +o B. —o© C. —g D.0
. ) sin? 2x
Cau 14.Tim gigi han C =lim :
x>0 3/C0S X —/COS X
A. +o© B. —© C. -96 D.0
i 4
Cau 15.Tim gi6i han D = lim 30 2% -
x=0 §in” 3X
A. +o© B. —© C. 16 D.0
81
1—sin(£cos X)
Cau 16.Tim gigi han E = lim—— '
x>0 sin(tan x)
A. +o© B. —o© C. g D.0
R . . 3sinX+2cosx
Cau 17. Tim gigi han F = lim :
o Jx+1+/x
A. +o© B. —o© C. g D.0
Cau 18. Tim gigi han H = lim Yeos ax ;\/COSbX :
x>0 sin‘ x
A. 4o B. — c.p_2a D.0
2n 2m
Cau 19.Tim gii han M = lim * 022X
X— X
a
A. +o© B. —o© C. — D.0
2n
R N . C0S3x—C0s4x
Cau 20.Tim gi6i han A=lim———  :
x=0 COS5X — COS6 X
A. +o© B. —© C. ’ D.0
11
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_3f i
Cau 21.Tim gisi han B = lim~— Y1 +28iN2X .
x—0 Sin 3x
A. 40 B. —w© C. —g D.0
. ) sin? 2x
Cau 22. Tim gidi han C =lim :
x>0 3/cos x —/cos x
A. +oo B. —x© C. -96 D.0
o4
Cau 23. Tim gi6i han D = lim > 2% -
x-0 §jn” 3X
A. 40 B. —© C. E D.0
81

1—sin(£cos X)

Cau 24. Tim gidi han E =lim——
x>0 sin(tan x)

A. +o B. —© C.1 D.0

Cau 25.Tim gi¢i han F = lim 3sinX+2C0SX

o X +144/X
A. +oo B. —w C. g D.0

Cau 26. Tim gici han H — lim J0058 ~ Yeosbx .

X0 sin’ x
A+ B. — c.p_2a D.0
2n 2m
3 _
Cau 27. Tim gi6i han M = lim YL+3x—yl+2x .
x—0 1-cos2x
A. 4+ B. —o C. —% D.0
H 2
Cau 28. lim 3X 55|n22x+cos X bin
X—>+00 X +2
A. —o0. B.O. C. 3. D. 4.
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HAM SO LIEN TUC

A-LY THUYET VA PHUONG PHAP

1. Ham s6 lién tuc tai mdt diém: y = f(x) lién tuc tai xo < lim f(X) = f(x;)
X—>Xo

e Dé xét tinh lién tuc cua ham sb y = f(x) tai diém xo ta thuc hién cac budc:
B1: Tinh f(xo).
B2: Tinh lim f (X) (trong nhiéu truong hop ta can tinh lim f(X), lim f(x))
X—=>Xg X—>Xo" X=Xy

B3: Sosanh lim f(X) véi f(xo) va rit ra két luan.
X—>Xo

2. Ham S(':i lién tuc trén mot khoang: y = f(x) lién tuc tai moi diém thudc khoang do.
3. Ham so lién tuc trén mgt doan [a; b]: y = f(X) lién tuc trén (a; b) va

lim £ (0= f(a), lim ()= f(b)

o Ham s6 da thirc lién tuc trén R.
 Ham sé phan thire, cac ham sé luong giac lién tuc trén timg khodng xac dinh cla ching.
Gia stry = f(x), y = g(x) lién tuc tai diém xo. Khi d6:
e Cacham sé y = f(x) + g(x), y = f(x) — g(x), y = f(x).g(x) lién tuc tai xo.
. f(x .
eHamsoy= L lién tuc tai xo N€u g(xo) # 0.
9(x)
4. Néu y = f(x) lién tuc trén [a; b] va f(a). f(b)< 0 thi ton tai it nhat mdt sé ¢ € (a; b): f(c) = 0.
Noi cach khéc: Néu y = f(x) lién tuc trén [a; b] va f(a). f(b)< 0 thi phuong trinh f(x) = 0 ¢6 it nhat mot nghiém ce (a; b).
Mé rong: Néu y = f(x) lién tuc trén [a; b]. Pit m = r[nibr]1 f(x), M= rpag( f(X). Khi d6 voi moi T e (m; M) luén tén
a; a;

tai it nhat mot s6 ¢ € (a; b): f(c) = T.

B - BAI TAP ) S g
DANG 1: TINH LIEN TUC CUA HAM SO TAI MOT PIEM

Phuong phap:
e Tim gic¢i han ciia hamsé y = f (x) khi X — X, vatinh f(x,)
e Néu ton tai lim f(X) thitasosanh lim f(x) voi f(x,).
X—>Xp

X—)XO
Chuay:
1. Néu ham sé lién tuc tai X, thi trusc hét ham sb phai xac dinh tai diém do

2. lim f(x) =1 < lim f(x) = lim f(x)=1.

f(x) khix=Xx,
k  khix=x,
f,(x) khi x>x,
f,(x) khi x<x,

lim f,(x) = lim f,(x) = f,(x,).

3.Hém56y:{ lién tyc tai X=X, < lim f(x) =k.
X=Xy

4. Hamsé f(x) :{ lién tuc tai diém X = X, khi va chi khi

|chay:
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o f(x) khix=x, . . - .
e HiMso y = ) lién tuc tai X =X, khi va chi khi
k  khix=x,
lim f(x)=k.
X—>Xo
o f(x) khix>x, ) o )
e HiMso y = ) lién tuc tai X =X, khi va chi khi
g(x) khix<x,
lim f(x) = lim g(x).
2_
Cau 1. Chohamsé f(x)= X 11va f(2)=m’—-2véi x=2.Giatricha mdé f(x) lién tuc tai x =2Ia:
X+
A. 3. B. /3. C. +3. D. 43

Cau 2. Cho hamsé f(x)= X2 —4 . Chon cau diing trong cAc cAu sau:
() f(x)lién tuc tai x=2.

(an f (X) gian doan tai Xx=2.

(my f (X) lién tuc trén doan [—2;2].

A.Chi(l)va(lll). B.Chi(l). C.Chi(ll). D. Chi (Il)va
(III)
ﬁ X#3; X#2
Cau 3. Cho hamsé f (x)={\x —x+6 ’ .Timb @& f(x)lién tuc tai x=3.
b++/3 x=3beR
A. 3. B. —/3. C. ¥ D. —¥.
A Y A \/;_1 N 2 . ., , 2 . .
Cau 4. Cho hamsé f (x) = —h Tim khang dinh ding trong cac khang dinh sau:
(I) f(X)giéndoan tai x=1.
(1) f(x)lién tuc tai x =1.
. 1
(1) IX|Lr11 f (X):E
A.Chi(l). B.Chi(l). C.Chi(l)va(lll). D. Chi (Il)va
(III).
V2x+8-2
. g —_—— X>-2 _ . e e
Caus.Chohamsé f(x)=< /x+2 . Tim khing dinh diing trong c4c khing dinh sau:
0 X=-2
(1) Xllr_r;f(x)zo.
(1) f(x)lién tyc tai x =-2.
(III) f(X)giéndoan tai X =-2.
A.Chi(1)va (). B.Chi(I)va(ll).  C.chi(l). D. Chi (1)
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VA—x? —2<x<2

1 X>2
(I) f(X)khéng xac dinh tai x =3.

(1) f(x)lién tyc tai x =-2.
() lim f (x)=2

Cau6. Chohamsé f (x)= { . Tim khang dinh diing trong cac khing dinh sau:.

X—2
A. Chi (1). B. Chi (1)va (I1).
C. Chi (1)va (1Il). D.Ca (1); (11); (1) déu sai.
sin5x
Cau7.Chohamsé f(x)=1{ 5x . ~.Tim adé f(x)lién tuc tai x=0,
a+2 x=0
A. 1l B. -1. C. -2. D. 2.
(x+1)2 x>1
Cau 8.Cho ham s f(X): x*+3 ,x<1.Timk dé f(X) gian doan tai x=1.
k2 x=1
A k=12, B. k=2. C. k#-2. D. k #+1.
Jx-2 khi x =4
Cau 9.Cho hamsé f(x) = x—4 . Khing dinh nao sau dy ding nhat
% khi x=4

A. Ham s lién tuc tai x =4

B. Ham sé lién tuc tai moi diém trén tap xac dinh nhung gian doan tai X =4
C. Ham s6 khong lién tuc tai x =4

D. Tat ca déu sai

2
X" —oX .
X o X=H2 ) khix>1 q ,
Cau 10. Chohamso f(x) = x-1 . Khang dinh nao sau diy dung nhat

3x*+x-1  khix<1

A. Ham s lién tuc tai x =1

B. Ham so lién tuc tai moi diém

C. Ham s6 khong lién tuc tai x =1

D. Tat ca déu sai

X )
A o cos”>  khi x| <1
Cau 11. Chohams6 3. f(x)= 2
Ix=1]  khi |x|>1

A. Ham s lién tuc tai tai x=1va x=-1.

B. Ham s6 lién tuc tai X =1, khong lién tyc tai diém x=—1.
C. Ham s6 khong lién tuc tai tai x=1va x=-1.

D. Tat ca déu sai
N2x+1-1 ., .
——— lién tyc tai diém x=0.

. Khing dinh nao sau day dang nhat

Cau 12. Chon gia tri f(0) décachamséd f(x)=

X(x+1)
Al B.2 C.3 D. 4
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) L e Y2x+8-2 o
Cau 13. Chon gia tri f(0) @€ cachamso f(x) = m 5 lién tuc tai dieém x=0.
2
Al B.2 C. — D. 1
9 9
XEVXHZ phiys -1
Cau 14. Cho hamsé f(x) = X+1 . Khing dinh nao sau dy ding nhat
2X+3 khix<-1
A. Ham s lién tuc tai tai tai X, =-1
B. Ham sé lién tuc tai moi diém
C. Ham sb khong lién tyc tai tai X, =—1.
D. Tat ca déu sai
XHIAVX=2 141 kh| X#0
Cau 15. Cho hams6 3. f(x) = X . Khing dinh nao sau day dang nhat
2 khi x=0
A. Ham s lién tuc tai X, =0
B. Ham s lién tyuc tai moi diém nhu gian doan tai X, =0
C. Ham sb khong lién tyc tai x, =0
D. Tat ca déu sai
Yx-1
Cau 16. Chohamsé f(x)=4 X -1 . Khing dinh nio sau diy ding nhit
— khi x=1
A. Ham sé lién tuc tai x=1
B. Ham sé lién tuc tai moi diém
C. Ham s6 khong lién tuc tai tai x =1
D. Tat ca déu sai
2
X“—X-2 .
) o ———+2X khix>2
Cau 17. Chohamso f(x)= X—2
x> —X+3 khi x <2
. Khing dinh nao sau day dang nhat
A. Ham s lién tyc tai X, =2
B. Ham sé lién tuc tai moi diém
C. Ham s khong lién tyc tai X, =2
D. Tat ca déu sai
R R . X+2a khi x<0 )
Cau 18. Tim a décachamsé f(x)=< , ) lién tuc tai x=0
X“+Xx+1 khi x>0
1 1
A — B. — C.0 D.1
2 4
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VaAx+1-1 Khi x =
Cau 19. Tim a dé cac hamsé f (x) =1 ax® + (2a+1)x lién tuc tai x =0
3 khi x=0
A i B. i C. —i D.1
2 4 6
VL2 i1
Cau 20.Tim a décachamsé f(x)=4 X 1 lién tuc tai x =1
a(x*-2) .
——=  khi x<1
X—3
A i B. i C. E D.1
2 4 4
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DANG 2: TINH LIEN TUC CUA HAM SO TREN TAP XAC PINH

Phuong phap:
+ Str dung cac dinh Ii vé tinh lién tuc cia ham da thirc, lvong gidc, phan thuc hitu ti ...
+ Néu ham s cho duéi dang nhiéu cong thire thi ta xét tinh lién tuc trén mdi khoang da chia va tai cac diém
chia cua cac khoang do.

Cau 1. Tim khing dinh dung trong cac khing dinh sau:

1
1) f(x)=
(1) £ (x) =% ¢6 giei han khi x — 0.
X
(1) f(x)=v9—x* lién tuc trén doan [-3;3].
A.Chi (1)va ().  B.Chi(ll)va(lll).  C.Chi(Il). D. Chi (IIl).
Cau 2. Tim khang dinh dung trong cac khang dinh sau:

(1). f(x)= “XX+11 lién tuc v&i moi X =1.

(1), f(x)=sinx lientuctrén R.

lién tuc trén R.

(). f(x):% lién tuc tai x=1.

A. Chi (1) ding. B.Chi (1) va (I1). C. Chi (I)va (1), D. Chi (II') va (1)
2
: X3 X3 q q
Cau 3. Chohamsé f (x)=1{x—+/3 . Tim khang dinh dting trong cac khang dinh sau:
2J3  ,x=43

(1). f(x) lien tuc tai x=+/3.
(II). f(X) gian doan tai X=\/§.
(). f(x) lientyctrén R.
A.Chi (1) va (). B.Chi (11) va (IIl).
C.Chi (1) va (11). D.Ca (1),(11),(1) déu dung.

Cau 4. Tim khang dinh dung trong cac khing dinh sau:
(1). f(x)=x"=x*+1liéntyctrén R.

(1n). f(x):\/%
(III). f(X):m lién tuc trén doan [2;+oo).

A. Chi (1) ding. B.Chi (1) va (I1). C.Chi (II) va (1), D.Chi (I)va(lll).

lién tuc trén khoang (-1,1).
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3_— /9-X , O0<x<9
X
Cau 5. Chohamsé f(x)=4m ,x=0 . Timm @& f(x) lién tuc trén [0;+o0) la.
3 , X>9
X
Al B.rcl D.1.
3 2 6
. x?+1 .
Cau 6. Cho ham s f (x) = —; it Khi d6 ham sé y = f (X) lién tuc trén cac khoang nao sau day?
X* +5X+
A (-32). B. (=2;+). C. (—0;3). D. (2;3).
x> —5x+6 .
R o ——— khix<2 . . o P
Cau 7. Chohamso f (X) =< 2x3-16 . Khang dinh nao sau day ding nhat.
2-x khix>2
A. Ham sé liéntuc tréen R
B. Ham so lién tuc tai moi diém
C. Ham s khong lién tuc trén (2:+o0)
D. Ham s gian doan tai diém X =2.
3
-1 .
ﬁ khix>1
Cau 8. Chohamsé f(x) = x-1 . Khing dinh nao sau ddy dang nhat.
3 —
VIZX42 hix<t
X+2

A. Ham s lién tuc trén R
B. Ham s6 khong lién tyc trén R
C. Ham s khong lién tuc trén (1:+0)
D. Ham s gian doan tai cac diém x=1.
tan x
. . —,XiOAX¢£+kﬂ,k€Z s N o .
Cau 9. Chohamsé f(x)=4 x 2 .Hamsé y = f (x) lién tuc trén céc khoang
0 , X=0

nao sau day?

A. (0%) B. (—oo;%]. C. (—%%) D. (—o0;+00).

ax? x<+2,aeR

(2-a)x’ x>2

Cau 10. Cho ham s6 f(x){ .Gidtricua a dé f (x) lientyctrén R 1a:

A lva?2. B.1va -1. C.-1va?2. D.1va-2.
x? Xx>1
A 3 A 2X3 N 2 . , . 2 .
Cau 11. Chohamso f (X) = 1 , 0<x<1. Tim khang dinh dang trong cac khang dinh sau:
+ X
Xsinx,x<0
A. f(x) lientyctrén R. B. f(x) lién tuc trén R\{0}.
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C. f(x) liéentyc trén R\{1}. D. f(X) lién tuc trén R\{0;1}.
Cau 12. Cho hamsb f (X) :2)(;2
X°—X—6

A. Ham s lién tuc trén R

B.TXD : D =R\{3;-2}.Ta c6 ham sé lién tuc tai moi X € D va ham sé gian doan tai x=-2,x=3

. Khing dinh nio sau diy dung nhat.

C. Ham sé lién tuc tai X =-2,x=3
D. TAt ca déu sai

CAu 13. Cho hamsb f (x) =+/3x® —1. Khing dinh nio sau diy ding nhét.
A. Ham s lién tuc trén R

B. Ham sé lién tuc tai moi diém x e (—oo; —i] U(LHOO]
B)\B
1 1
C.TXD: D=| —0,— |U| —=;+x
( Jz} [ﬁ ]

e fven S 1 1
D. Ham so6 lién tuc tai moi diém X e (——;—].
J3'43
Cau 14. Chohamsb f(x) = 2sin x + 3tan 2x . Khiang dinh nao sau ddy dung nhat.
A. Ham s lién tuc trén R B. Ham sé lién tuc tai moi diém

C.TXb:D = R\{%+ k%, ke Z} D. Ham s gian doan tai cac diém

x=2+kZ kez
4 "2

X —-3x+2 .
A g —— khix=1 | )
Cau 15. Chohamso f (X) = |X —1| . Khang dinh nao sau day dtng nhat.
a khi x=1
A. Ham s lién tuc trén R B. Ham sb khéng lién tuc trén R
C. Ham s khong lién tuc trén (1:+0) D. Ham s gian doan tai cac diém x=1.
N2x+1-1 .
A N ——khix+£0 . . po 2 %
Cau 16. Chohamso f (X) = X . Khang dinh nao sau day dtng nhat.
0 khi x=0
A. Ham s lién tuc trén R B. Ham sb khong lién tuc trén R
C. Ham s khong lién tuc trén (0;+o) D. Ham sb gian doan tai cac diém x=0.

2x+1 khi x<0
CAu 17. Chohamsb f(x) =< (x=1)* khi 0 < x < 2. Khing dinh nao sau ddy dung nhat.
Jx -1 khix>2
A. Ham s lién tuc trén R B. Ham sb khéng lién tuc trén R
C. Ham s khong lién tuc trén (2;+o0) D. Ham s gian doan tai céc diém x=2.
2x2+x+1 khi |x<1

. . Khing dinh nao sau diy dung nhit.
3x-1  khi |x>1

Cau 18. Chohamsé f(x) = {

A. Ham s lién tuc trén R B. Ham sé khong lién tuc trén R
C. Ham s khong lién tuc trén (2;+o0) D. Ham s6 gian doan tai céc diém x ==1.
Mua tile Word [ién h¢: 0978064165 - Email: dangvietdong.bacgiang.vn@gmail.com Trang 39

Facebook: https://www.facebook.com/dongpay - Website: https://toanmath.com/



ST&BS: Th.S Dang Viét Dong Truwong THPT Nho Quan A Gidi han — DS&GT 11

sin x khi |x|s%
Cau 19. X4c dinh a,b dé cac hamsé f (x)= lién tuc trén R
ax+b khi |x|>%

2 2 1 2
a=— a=— a=— a=—
A. T B. T C. T D. T
b=1 b=2 b=0 b=0
3 _nay2
X =3+ 2X i x(x—2) £ 0
X(x—2)
Cau 20. Xac dinh a,b dé cac hamsé f(x)=<a khi x =2 lién tyc trén R
b khix =0
a=10 a=11 a=1 a=12
A. B. C. D.
b=-1 b=-1 b=-1 -1
3—')(_2_'_2)(_1 khi x#1
Cau 21. Tim m dé cac ham sé f (x) = x—1 lién tuc trén R
3m-2 khi x=1
A m=1 :% C.m=2 D. m=0
VXL x>0 )
Cau 22. Tim m dé cac hamsé f (x) = lién tuc trén R
2x? +3m+1 khix<0
A m=1 : __E C.m=2 D.m=0
NV2Xx—4+3 khix>2
Cau 23. Tim m dé cac ham s f (x) = X+1 _ lién tuc trén R
> khix <2
X*—2mx+3m+2
A m=1 B.m:—% C. m=5 D. m=0
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DANG 3: AP DUNG TINH LIEN TUC XET SO NGHIEM CUA PHUONG
TRINH

Phuwong phap :

e Dé ching minh phuong trinh f (X) =0 c6 it nhat mét nghiém trén D, ta chitg minh ham sé y = f (X)
lién tyc trén D va c6 hai sé6 a,b e D saocho f(a).f(b)<O0.

e Dé ching minh phuong trinh f (X) =0 ¢6 k nghiém trén D, ta chirng minh ham s6 y = f (x) lién tuc
trén D va ton tai k khoang roi nhau (a;a,,,) (i=1,2,...,k) namtrong D sao cho f(a).f(a,,)<0.

Cau 1. Tim khing dinh dung trong cac khing dinh sau:
I f (X) lién tuc trén doan [a;b] va f (a).f (b) < 0 thi phuong trinh f (X) =0 c6 nghiém.
1. f(x) khong lién tuc trén [a;b] va f (a).f (b)>0 thi phuong trinh f (x)=0 v6 nghiém.

A. Chi T dung. B. Chi IT dung. C. Calvall dang. D. Cal va ll sai.
Cau 2. Tim khing dinh ding trong cac khing dinh sau:
(1) f(x) lién tyc trén doan [a;b] va f(a).f (b)>0 thi ton tai it nhat mot s ¢ e (a;b)saocho f (c)=0.
(1) f(x) lién tuc trén doan (&;b] va trén [b;c) nhung khong lién tuc (a;c)

A. Chi (1). B.Chi (11).

C. Ca (1) va (1) dang. D. Ca (1) va (I1)sai.
Cau 3. Chohamsé f (x)=x*—-1000x"+0,01. Phuong trinh f (x)=0 cd nghi¢m thuc khoang nao trong
cac khoang sau day?
1. (-30).11. (0;1). 1. (1;2).

A. Chi l. B. Chilvall. C. Chill. D. Chi HI.
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ON TAP CHUONG |V
Cau 1. D3y s nao sau day c6 gisi han khac 0?

Al B. L. c n+l p, 3hn

n Jn n Jn

Cau 2. D3y s nao sau day c6 gisi han bang 0?

f A e oy

Cau 3. Ddy s nao sau day c6 gisi han bang 0?

A. (0,999)". B. (1,01)". C. (1,01)". D. (-2,001)".
Cau 4. D3y sé nao sau day khong co gii han?
A. (0,99)". B. (-1)". C. (-0,99)". D. (-0,89)".
) -0 "
Caub5. ~—~ cogiatrilabao nhiéu?
n+3
A -1 B. 1. C. 0. D. -1,
3 4
Cau 6. |im(3;ﬂ] ¢6 gia trj 12 bao nhiéu?
n
A3 B -3 c. % D. -4
5 5 5 5
Cau 7. lim———— c0 gia tri la bao nhiéu?
A 0. B. 1. c.2 D. 2.
3 3
Cau 8. lim, /4— cos2n cé gia tri la bao nhiéu?
n
A. 0. B. 2. C.2. D. 4.
3 f—
cau 9. lim>" ~2"*1 4 ia tri Ia bao nhisu?
an"+2n+1
A 0. B. +o0. c.2 D. 2.
4 7
4
Cau 10. lim >~ —2"*3 6 gia tri Ia bao nhisu?
an"+2n+1
A 0. B. +o0. c.2 D. &
4 7
2 4
Cau 11. lim-21—3"_ ¢6 gia tri Ia bao nhiéu?
4n" +5n+1
A -3 B.O. c.t D. 3.
4 2 4
4
cau 12. lim >0 —2"*% 6 gia tri Ia bao nhisu?
an"+2n+3
A 0. B. +o0. c.2 D. 4.
4 3
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Cau 13. lim(-3n° +2n” -5} c0 gid tri I bao nhiéu?

A. -3. B. 6. C. —o. D. +oo
Cau 14. lim(2n* +n’ —5n) c6 gid tri la bao nhiéu?
A. —0, B. 0. C. 2. D. +oo
2
cau 15. limY2" +25 1“”+4 ¢6 gia tri 12 bao nhiéu?
n_
A. 0. B. 1. C. 2. D. +x
Cau 16. Iim(\/n +10—\/ﬁ) c6 gia tri 1a bao nhiéu?
A. +o. B. 10. C. J10. D. 0
2
cau 17. 1im3=2" 4" 6 gia tri Ia bao nhisu?
4n°+5n-3
A. 0. B. 1. C.E. D. —i.
4 3
Cau 18. Néu limu, =L thi lim,/u, +9 c6 gi tri 1a bao nhiéu?
A. L+9. B. L+3. C.JL+9. D. VL +3.
Cau 19. Néu limu_=L thi lim 5 c6 gia tri 1a bao nhiéu?
Ju, +
1 1 1 1
A ——. B. . C. . D. .
JL++/8 JL+8 YL+2 YL+8
cau 20. lim Y22 ¢6 gia tri 13 bao nhiéu?
\/ﬁ+1
A. 1l B. 2. C. 4. D. +oo
2
cau 21 imE=2" 2" ¢4 i trj 1a bao nhiéu?
5n°+5n-3
A. 0. B.l. C.g. D. —g.
5 5 5
. . 10'n ., .. "
Cau 22. lim———— c0 gia tri la bao nhiéu?
10% +2n
A. +o0. B. 10000. C. 5000. D.1
. 1+2+43+...+n
Cau 23. lim o c6 gid tri la bao nhiéu?
n
A. 0. B.i. C.i. D. +x
4 2
3/~3 n
Cau 24. lim c6 gid tri la bao nhiéu?
6n+2
3
Al B. L. c 2 D. 0
6 4 6
Cau 25. Iimn(\/nz +1—Jn? —3) ¢6 gid trj 14 bao nhiu?
A. 4. B. 4. C. 2. D. -1
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cau 26. im23M20 4 si tri 1a bao nhicu?
n+5
A. g B. 1 C.0.
5 5
Cau 27. lim(3n-4n?) c6 gia tri la bao nhiéu?
A. —0, B. 4. C. 3.
Cau 28. Day so0 nao sau day co gidi han bang 0 ?
2 2
A.un:n 2?. B.un:1 2n. C. nzl 2n.
Sn+n 5n+5 5n+5

Cau 29. Diy s nao sau ddy c6 gidi han bang +w?
A.u,=3n*-n’.
Cau 30. Diy s nao sau day c6 gioi han bang —o0?

B. u, =3n°-n®. C.u,=3n°-n.

D.1
D. 4
5n+5n

D. u, =-n*+4n’.

A u, =n*-3n°. B.u, =-n*+3n°. C.u,=3n-n. D. u, =-n”+4n°.
~ 2 B X X A A 1 1 _(_1)n+1. , ., . 1a A
Céau 31. Tong cua cap sO nhan v han E’_Z’m’ o c6 gia tri la bao nhiéu?
A. 1l B. 1 C. —g. D. —1.
3 3 3
~ 2 B X b4 A A 11 _(_1)n. , ., . 1a A
Céau 32. Tong cua cap sO nhan v han —E,Z,. DRIt c6 gia tri la bao nhiéu?
A. 1 B. —1. C. —g. D. -1
3 3 3
1 1 (_1)n+1
Cau 33. Téng cua cép s6 nhan vo han —;—5;...; 7 ;... cO gid tri 1a bao nhiéu?
A.i. B.i. C.E. D.E.
4 2 4 2
A T S S 11 1 TN .
Céau 34. Tong cua cap sO nhan vo han E;E;III;W;"' c6 gia tri la bao nhiéu?
Al B.3. c.3 p. 3
3 8 4 2
1 1 (_1)n+l
Cau 35. Téng cua cép s6 nhan vo han E;—E;...;W;... c6 gia tri la bao nhiéu?
A8 B3, c.2 p. 3.
3 4 3 8
A 4 N J4 4 A A . 11 _(_1)n+1_ s 2o A -A
Cau 36. Tong cua cap so nhan vo han 1,—5,2,..., S cé gia tri la bao nhiéu?
A -2 B. 2. c.3 D. 2.
3 ’ 3 2
Cau 37. Day so6 nao sau day c6 gidi han la +o0?
_n*-2n By 2N _1+n? _n*-2
" 5n+5n? " 5n+5’ " 5n+5’ " 5n+5n
Cau 38. Day s6 nao sau dau co gidi han la +o0?
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2
A. unzw. B. UHZM_
n+n n+1
C. u, =2008n-2007n". D. n*+1.
Cau 39. Trong cac gidi han sau dau, giéi han nao bang —17?
2 2 2 3 _
A lim 22 =3 B. lim 2 —3 Coim—22 "3 pim2 3
-2n° -4 -2n° -1 . =2n° +2n -2n° -1
Cau 40. Trong cac gisi han sau dau, gidi han nao bang 0 ?
2 _ 2 _nn3 2 _nné 3
A lim 22 =3 B. lim 2% 3" C. lim2L =3 D. lim>+2"
-2n° -4 -2n° -1 i =2n° +2n 2n° -1
Cau 41. Trong cac gidi han sau dau, gi¢i han nao bang +oo?
2 _2n3 2 _nné _9n3
A lim 20 +3, B. lim 2N =" Coim2E =3 pmZ2A
n°+4 -2n° -1 =2n° +2n 2n° -1
Cau 42. Day s6 nao sau day c6 gidi han ndo bang %?
2 2
A un:n—znz. B. unzl 2n. C. un:1 2n : D. unzl—znz.
5n+5n 5n+5 5n+5 5n+5n
Cau 43. Iiml(3) c6 gia tri la bao nhiéu?
A. -2. B. -1. C. 0. D. 3.
Cau 44. Iiml(xz —2x+3) ¢6 gi4 tri I bao nhiéu?
A. 0. B. 2. C. 4. D. 6.
Cau 45. Iin;(xz —~3x+5) 6 gid trj I bao nhiéu?
A. -15. B. 7. C. 3. D. 4.
4
Cau 46. lim <X —2**3 ¢4 gia trj 1a bao nhiéu?
x>+0 5X" +3x +1
A. 0. B. ﬂ C. E D. +oo.
9 5
4 55
Cau 47. Tim —X—2*"_ 6 gia trj 1a bao nhiéu?
x>+0 5X" +3X + 2
A. —g. B. § C. —w. D. +c0.
5 5
25
Cau 48. lim —* =% c6 gia trj la bao nhiéu?
x>+o X* 4 X +5
A. +oo. B. 3. C. -1 D. —m.
4 95
Cau 49, lim —+ ~2X"_ 5 gia tri Ia bao nhigu?
x=>+0 5X" +3X° +1
A. —oo. B. E C. _E_ D. 0.
5 5
4 _ 5
Cau 50. IimH c6 gia tri 1a bao nhiéu?
x-1 5" +3x° +1
AL B. 3 c. -2 D. -2,
9 5 5 3
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4
Cau 51. lim 3 —— €0 gia tri la bao nhiéu?
x>-15x* —3x% +1
NS B.>.
3 9
3X4 5
Céau 52. I|m— c6 gia tri 1a bao nhiéu?
x>-1x* +x+5
AL B. 2,
5 7
3x* s o
Cau 53. I|m2 - C0 gia tri 1a bao nhiéu?
x=>-2 X" —
A. —E. B. Z
6 4
2 3
Cau 54. lim — c6 gia tri 1a bao nhiéu?
x>-2 X" —X+3
A. —i. B. E
9 5
—
Cau 55. lim 5 c6 gia tri 1a bao nhiéu?
-1 2x* +3x
L B. 2.
12 7
X+x5 .
Cau 56. lim ——— c0 gia tri la bao nhiéu?
X—>-2 X —Xx+1
A 0 . 10
7 3

Cau 57. lim ‘4x —2x -3 ¢6 gia tri Iz bao nhiéu?

x—-1

Cau 58. 1/3)( +4X° +3 ¢ gia tri 1a bao nhiéu?
H+°° 9x° +5x* +1

A0

Caus9. lim [ X =4

e

¢ gia tri 1a bao nhiéu?

x—>-2 '\ 7x? +9x—

e

Cau 60. lim 1/ —4x +3X c6 gia tri 1a bao nhiéu?
x>\ x*+16x-1

o

\f
\ﬁ

Céu 61. Ilm,/ c6 gia tri 1a bao nhiéu?
x—1"

o w

gl N

w| s

~N|o

=

ol w

o[

| w
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A. 0. B. 1. C. i D. l
2 3
Cau 62. |imXLi c6 gié tri 12 bao nhiu?
x>l X —
A. —l. B. l C. —wo D. +oo.
2 2
_y3
Cau 63. lim |22 o6 gia tri I bao nhiéu?
x>-1\ 3X° + X
A B. [ c. 2 p. 2
2 4 2 2
Cau 64. lim (\/x+3—\/x—5) c0 gia tri la bao nhiéu?
A. 0. B. V3++/5. C. —oo D. +oo,
4 3_9y2
Cau 65. lim 2%+ X . 2X" =1 06 gia trj 1a bao nhiéu?
X—>+00 X_ X
A. -2 B. -1. C.1 D. 2.
Cau 66. lim x(\/x2 +5- x) co gia tri 1a bao nhiéu?
5 5
A —. B. > C. 5. D. +oo,
V2 2
Cau 67. lim x(\/xz 1 x) c6 gié tri 14 bao nhiu?
A. +oo. B. 0. C. l D. l
2 2
y'-1
Céu 68. lim c6 gia tri 1a bao nhiéu?
y—l y_l
A. +oo. B. 4. C.2 D. —.
y4 _a4
Cau 69. lim c6 gia tri 1a bao nhiéu?
y—a y_a
A. +o, B. 2a°. C. 4a° D. 4a’.
4
A . -1 A
Cau 70. Ilim y3 c6 gia tri la bao nhiéu?
y—l y -1
A. +oo. B. 0. C. E D. ﬂ
4 3
/ 2 [
Cau 71. lim 4 ;2 3 x+3 cO gia tri la bao nhiéu?
X—>+00 X_
A. 0. B. 1. C. 2 D. +oo.
/ 2 [
Cau72. lim A +2-VX+3 cO gia tri la bao nhiéu?
X400 2x—-3
1
A. 0. B. -1. C. 5 D. —o0.
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2
cau7s. 1imX—*2 ¢4 gid tri I bao nhiéu?
x>2  2X—4
A. 40 B. E . l —l
2 2 2
2
Cau 74. |in;L’;+35 ¢6 gi tri I3 bao nhigu?
X— X_
A. +oo. B. 5. -5, -14.
2
cau7s. 1im>—12X*35 o6 gia tri I1a bao nhigu?
x-5  5X—25
A. +oo. B. l . E —g
5 5 5
2
cau76. lim XF2X=15 ¢4 gia tri 1a bao nhiéu?
x>5  2x+10
A. -8 B. 4. . l . 4o0.
2
2
cau77. 1im=X=2X=1 ¢6 gia tri 1a bao nhiéu?
x-5  2x—10
A. -4 B. -1 4. . +o0.
2
cau7s. 1im>—22=29 6 gia tri I1a bao nhigu?
x-5  2x+10
A. —E. B. -2. —E . +00,
2 2
4 _ 5
Cau79. lim —X—2*"_ 6 gié trj Ia bao nhiéu?
x>-0 5X" +3X + 2
A. —g. B. § . —o0, . +oo.
5 5
A X+l "
Cau 80. lim— c6 gia tri la bao nhiéu?
x>-1x% 4 X
A. -3 B. -1 . 0. .1
Cau8l. lim (x+2),|— n c6 gia tri la bao nhiéu?
X—>+00 X —_
A. —o B. 0. 1 . +o0,
A COXP=3XH2 L .
Cau 82. "”}3—1 cO gia tri 1a bao nhiéu?
X—>. X -
AL B. 1. 0. L
3 3
Cau83. lim (vx+3-/x=5) c6 gid tri la bao nhiéu?
A. 40 B. 4. . 0. . —00.
. 3x*-7x . .
Cau 84. lim c6 gia tri la bao nhiéu?
=3 2% +3 et
A. % B. 2. . 6. . +o0.

Mua tile Word [ién hé: 0978064165 - Email: dangvietdong.bacgiang.vn@gmail.com

Facebook: https://www.facebook.com/dongpay - Website: https://toanmath.com/

Trang 48



ST&BS: Th.S Dang Viét Dong Truwong THPT Nho Quan A Gidi han — DS&GT 11

32
causs. lim XX ¢6 gia rj 1 bao nhiéu?
X—— X —
A -2 B. 2. c. -4 D. &
3 3 3
2
cause. lim> +11 ¢6 gi tri I3 bao nhigu?
x>t X —
A. 4o, B. 2. C.1. D. —.
Caus?. Cho f(x)=Y**2=V27X ysi x 0. Phai b sung thém gia trj f (0) bing bao nhiéu thi
X
ham sé lién tuc trén R..
1 1
A. 0. B. 1. C. —. D. —.
V2 22
X . .2 . 3 .
Cau 88. Cho f(x)=———— voi x#0. Phai bo sung thém gia tri f (0) bang bao nhiéu thi ham
( ) Sxal-1 g g 1 ( ) g
sb lién tuc trén R .
A. 0. B. 1. C. V2. D. 2.
2
Cau89. Cho f(x)=2 . X Vi x#0. Phai bé sung thém gia tri  (0) bing bao nhiéu thi ham s
X
liéntuctrén R .
A2 B. L c.o. D. -2,
3 3 3
X2
— VvOiI x<1x#0
X
Cau90. Chohamsd f(x)=<0  voi x=0 .Hamso f (x) lién tuc tai:
\/; voi x>1
A. moi diém thuoc R . B. moi diém trir x =0.
C. moi diém trir x =1. D. moi diém trir x=0 va x=1.
Cau 91. Hamsd f(x) c6 dd thi nhu hinh bén khong lién tuc tai diém c6 hoanh do Ia bao nhiéu?
F'y
y
/////
///
- >
A. x=0. B. x=1. C. x=2. D. x=3.
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PHAN Il - HUONG DAN GIAl
GIGI HAN DAY SO

A-LY THUYET VA PHUONG PHAP

GIOI HAN HUU HAN

GIOI HAN VO CUC

1. Giéi han dac biét:

lim iz0; lim i:O(keZJr)
n—+oo N n—-+o0 nk
lim g" =0 (q|<1); lim C=C
n—-+oo N—+00

2. Pinh i :

a) Néu lim u, = a, lim v, = b thi
elim(up+vy))=a+bh
elim(u,—vy) =a-b
e lim (un.vy) =a.b

. u ,
o lim =2 (néub=0)
v, b
b) Néu u, >0, Vnva lim u,= a

thi a>0va lim \/Q:\/g

¢) Néu ‘un‘svn vnva limv,=0
thi limu,=0

d) Néu lim u, = a thi Iim‘un‘:|a|

3. Tong ciia cap s6 nhan 10i v han

S=ui+ug+ W+ ... = 1li_lq (Jal <1)

1. Giéi han dac biét:

lim~/n = +0 limnX = +o0 (k e Z%)

limq" =+ (q>1)
2. Pinh Ii:
) Néu lim|u, |=+co thi lim-=0
u
n

, ) ... u
b) Néu lim u, = a, lim v, = oo thi lim—=0
Vv
n

¢) Néulimu,=a=0, limv,=0

. ..u +00 neu a.v. >0
thi  lim =L = { n

v, —o0 neu a.v, < 0

d) Néu lim u, = +oo, lim v, = a

thi Iim(un.vn):{:fz neu >0

* Khi tinh giéi han ¢6 mot trong cac dang vo

dinh: % % o—w, 0.00 thi phai tim cach khir
o0

dang vo dinh.

B - BAI TAP

DANG 1: TINH GIGI HAN BANG PINH NGHIA

Phwong phap:

e Dé chiing minh limu, =0 ta ching minh véi moi s6 a >0 nhé tuy y ludn ton tai mot s n, sao

cho |u|<a Vn>n,.

e Dé chiing minh limu, =1 ta ching minh lim(u,—1)=0.

e Dé chiang minh limu_ =+ ta chitng minh véi moi sé M >0 16n tiy y, ludn ton tai s6 tu nhién

n, saochou,>M Vvn>n,.

e D¢ chirng minh limu_ =—oo ta chirng minh lim(-u, ) = +o.
o Mot dy s6 néu c6 gigi han thi gigi han d6 1 duy nhat.

Cau 1. Chon ménh dé ding trong cdc ménh dé sau:

A. Néu lim|u,| =+oo, thi limu, = -+oo.
C. Néu limu, =0, thi lim|u, |=0.

B. Néu lim|u,| =+, thi limu, =—o0.

D. Néu limu, =-a, thi lim|u,|=a.
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Huéng ddn gidi:
Chon C.
Theo ndi dung dinh ly.

Céu 2. Gia tri cua lim—L_ bang:

n+1
A.0 B.1
Huwong dén gidi:
Chon A.
Véi a>0 nho tuy y, ta chon n, >£—1 ta co L<
a n+1

Céu 3. Gia tri cua Iimnik (k e N*) bang:

A0 B.2
Huéng dén gidgi:

C.2 D.3

s o L
<a vn>n, nénco lim——-=0.
+1 n+1

D.5

Chon A.

o T 1 , 11 NPT
V6i a>0 nho tuy y, tachon n, > k= tacé —<—<a Vvn>n, nénco lim—=0.

a n“ n; n
a2
Cau 4. Gid tri cia lim 2 bing:
n+2

A0 B.3 C.5 D. 8
Huwdng dan qgidi:
Chon A.

. e 1 . sinn 1 A
Véi a>0 nho tuy y, tachon n, >——-2 taco <a vn>n, nénco

a n+2 n+2 n,+2
a2
im2" "o,
n+2 .

Cau 5. Gia tri cta lim(2n+1) bang:

A+ B. —o C.0 D.1
Huwéna dan qgidi:
Chon A.

L . £ s . M -1
Véi moi so duong M 16n tuy y ta chon n,, >
Taco: 2n+1>2n, +1>M Vn>n,, = lim(2n+1) =+,

2

Cau 6. Gia trj cua lim1=" bang:

A. 4+ B. —o C.0 D.1
Huwéna dan qgidi:
Chon B.

L . 4 o bV , nf/, -1
Vi moi so duong M 16n tuy y ta chon n,, thoa >M

Ny

M +JM?*+4

< ny,
2
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.. n* -1 . n*-
Ta c6: >M Vn>nM:>I|mn 1:+oo
n n
. 1-n?
Vay lim LEP
n
A 2 s
Cau 7. Gia tri cua lim—— bang:
n+1
A. +o B. -0 C.0
Huwonq dan qidi:
Chon C.

Va&i moi a>0 nho tuy y, ta chon n, = E—1}+1
a

Suy ra i<a Vn>na:>Iimi:0.

n+1 n+1
« L . n+sinn | .
Cau 8. Gia tri cua Ilmw bang
n°+1
A. +oo B. —wo C.0
Huwong dan qidi:
Chon C.
 |cosn+sinn| 2 1 . cosn+sinn
n n n n°+1
~ e . An+1 .
Cau 9. Giatricua lim il bang:
n+2
A. +oo B. —wo C.0
Huwong dan qidi:
Chon C.

Véi moi sb thuc a>0 nho tly y, ta chon n, {i—l}l
a

Ta co: ,n+1< L <a vn>n, =lim n+1:0.
n+2 Jn+1 n+2
3
Céau 10. Gia tri cia lim Sn :n bang:
n
A. +o B. —0 C.0
Huwong dan gidi:
Chon A.
Véimoi M >0 lontuy y, ta chon n,, :[%}1
3
Ta co: 3 2+n:3n+£>M vn>n,,
n n
3
Vy lim 3”n2+” — +o0.
Cau 11. Gi trj cua lim——" bang:
A. +o B. —0 C.0

0

D.1
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Huwéng dén qgidi:
Chon B.

2
Véimoi M >0 lontuy y, ta chon n,, >[l+3] -1
a

n-2 3
Ta co: =+n+1- >+1+n-3>M Vn>n
1+n vn+1 M
Suyra lim 2-n __,
vn+1 '
Cau 12. Gi tri caa A= lim2" +21 bing:
A. +o0 B. —0 C.2
Huwong dan gidi:
Chon C.
Vi s thuc a>0 nho tly ¥, ta chon n, >=+2> 2
a
Ta co: M—2 :L<L<a vn>n,
n—-2 In-2 n,-2
Vay A=2.
Cau 13. Giatrj cia B =lim 21> bing:
n“+1
A. +o B. —0 C.0
Huwong dan gidi:
Chon C.
Vi s6 thuc a>0 nho tly y, ta chon n, thoa ana +13 <a
n; +
" >1+\/a2—4a+13
¢ a
Ta co: 2r2]+3<a vn>n,=B=0.
n“+1
. o oAn?+1
Cau 14. Giatricua C =lim bang:
n+1
A. +o© B. —0 C.0
Huwong dan gidi:
Chon D.
Vi s6 thuc a>0 nho tly y, ta chon n, >£—1
a
/ 2
Tacc’):| n +1_1<|n+2_ < L <a vn>n,
‘ n+1 |n+1 n,+1
Vay C =1.
Cau 15. Giatricia A=lim n_ZZ\/H bang:
n
1
A. +0 B. —0 C. E
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Huwéng dén qgidi:

Chon C.
H 2
Cau 16. Gia tri cia B = Iimm bang:
n

A. +0 B. —© C. 3 D.1
Huwong dan qidi:
Chon C.
Cau 17. Gia tri ciia C = lim—————— bang:

' n’+2Jn+7 .

A. +00 B. —© C.0 D.1
Huwong dan qgidi:
Chon C.
Cau 18. Giatricia D = lim—n+l bang:

Jn?+3n+2

A. +o0 B. —© C.0 D.4
Huwong dan qgidi:
Chon D.
Cau 19. Gid tri cia |im""—| — 0 bing:

n!

A. +0 B. —© C.0 D.1
Huwong dan qgidi:
Chon C.

Goi m la s6 ty nhién thoa: m+1> [a|. Khi d6 véi moi n>m+1
[af [ [ }
< .
m! {m+1
|a

Ma Iim[—] —0. Turd6 suy ra: |ima—|=o.
nt

n

a

n!

aa a

alla a
222

Im+1""n

Tacod: 0<

m+1

Cau 20. Gia tri cua lim%/a véi a>0 bing:
A. +o0 B. —oo C.0 D. 1
Huwong ddn gidi:
Chon D.
Néu a=1 thi ta c6 dpcm

e Giasir a>1. Khi do: a:[1+(Q/5—1)T >n(Va-1)

Suy ra: 0<Q/5—1<%—>0 nén limYa =1

e Voi 0<a<1 thi l>1:>|im§/izlz>limQ/a:1.
a a

Tom lai ta ludn co: limYa =1 véi a>0.
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DANG 2: TIM GIG1 HAN CUA DAY SO DUA VAO CAC PINH LY VA CAC
G101 HAN CO BAN

Phuwong phap: . o ‘
e Sur dung cac dinh li v€ gidi han, bién doi dua veé cac gidi han co ban.

N . f(n . . P x , N , Z , . s
e Khitim lim E ; ta thuong chia ca tir va mau cho n*, trong d6 k 1a bac 16m nhat cua tir va
g(n
mau.

e Khitim Iim[,k/f(n)—zﬂ/g(n)] trong d6 lim f(n) = lim g(n) = +oo ta thudng tach va st dung

phuong phap nhan luong lién hon.
+ Dung cac hang dang thirc:

(Va-vb)(Va+vb)=a-b;  (Ya-¥b)(3a? +¥ab+3b?)=a b

e Dung dinh li kep: Néu ‘un‘ <v,,vn va limv,=0thilimu,=0
Khi tinh céc gi¢i han dang phén thirc, ta cht ¥ mét sé truwong hop sau day:

e Néu bac cua tir nho hon bac ctia mau thi két qua cta gidi han d6 bang 0.

e Néu bic cua tir bang bac ctia mau thi két qua cta gidi han d6 bang ti so cac hé so cua luy thira

cao nhat cua tir va ctia mau.

e Néu bac ctia tir 16n hon bac ctia mau thi Két qua cia gidi han d6 13 +oo0 néu hé s6 cao nhat cia tir
va mau cung dau va két qua 1a —oo néu hé s6 cao nhat cua tir va mau trai dau.

~ ~ z , - n . u 1 e e 4, ) . , z
Cau 1. Cho day so (u,) Vvéi u, = v n—+1<E. Chon gié tri ding ctia limu, trong cac so6 sau:
un

A.l. B.i. C.0. D. 1.
4 2

Huong ddn gidi:
Chon C.
Ching minh bang phuong phép quy nap todn hoctacé n<2",vVneN

Néntacé:n32”<:>131<:> n si@ls i
2" 2"2" 2" 4" 2

Suyra: 0<uns(%] , Ma Iim(%) =0=Ilimu, =0.

Cau 2. Két qua dung cua Iim(S— nevs 2”] la:
n“+1
1

A. 4. B. 5. C. 4. D. 7
Huwéndg ddn gidi:
Chon B.
_n < ncos2n < n

n“+1 n’+1 n°+1
Taco lim-—" =lim-=.— > _—0;lim-—"_=0 =

n°-+1 nl1l+1/n n-+1
:|im(”cz"‘°’2”j=o:>|im(5—”cfs’2”]=5.
n“+1 n“+1
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Cau 3. Giatri cia. A=lim 2" ping:
1-3n
2
A. +0 B. —o C. _§ D.1
Huwéndg ddn gidi:
Chon C.
2
Cau 4. Gia tri cia. B = Iim4n+—3njl ang:
(3n-1)
A. +0 B. —o C. g D.1
Huwéndg ddn gidi:
Chon C.
_ 2
Cau 5. Két qua diing cia lim——t21*1 13
\V3n*+2
A. —ﬁ. B. —g. C. —l. D.l.
3 3 2 2
Huwong dan qidi:
Chon A.
im —n2+2n+1_"m(—1+2/n+1/n2) _-1+040 B
J3nt +2 \J3+2/n? \J3+0 3
_ 4
Céu 6. Gisi han day sb (u, ) voi u, = S0 Ja;
4n-5
A. —o0. B. +o. C.%. D. 0.
Huwéndg ddn gidi:
Chon A.
. . 3n-n* . .3/n°-1
limu, =lim =limn =—
n-5 4-5/n
3 p—
Vi limn® :+oo;|im3/n 1:—3.
4-5/n 4
3 —
Cau 7. Chon két qua dung cua lim Y =2n+5.
3+5n
A. 5. B. % C. —o D. +o0.
Huwéndg ddn gidi:
Chon D.
[3_ 1-2/n*+5/n
Iimw:ﬁm\/ﬁ.\/( ):+oo.
3+5n 3/n+5
1-2/n*+5/n
Vi |imf=+oo;|im‘/( ):3.
3/n+5 5
2
Cau 8. Giatricua A= Iimw bang
n“-n+2
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A. +oo B. —o C. % D.1
Huwéng dén gidi:
Chon C.
2+§+i2 2
Taco: A=lim—n 1N =
1 2 3
3-—+—
n n
2
A L . 2 .
Cau 9. Gia tri cia B = lim— <1 ping:
n—+/3n’+1
A. +oo B. —o C.0 D. L
1-V3
Huwong dan gidgi:
Chon D.
n+n /1+;
. . 1
Tacod: B=lim—PA—— =lim n__
n—\3n?+1 g o 1 1-43
n n
) . _ (2n2+1)4(n+2)9 ‘
Cau 10. Giatricua C =lim - bang:
n' +
A. +oo B. —o C.16 D.1
Huwong dan gidgi:
Chon C.
n8(2+i2)4.n9(1+g)9 (2+i2)4.(1+g)9
Tacod: C =lim n N lim—7" n__16
17 1 1
n (1+F 1+F
2 3 3
Cau 11. Giatricia D =lim Vn®+1-33n° +2 bang
J2n*+n+2-n
_3
A. +oo B. —o C. L \/§ D.1
Y2-1
Huwéng dén gidi:
Chon C.
1 2
N J1+=-33+—
) _ [\/ n? \/ n3] 1-33
Taco: D=Iim = .
1 2 Y2-1
nl42+5+—-1
n° n
4 3
" A . 1- §
Cau 12. Giatricua C =lim Sntl-n bang:
v2n*+3n+1+n
A. +oo B. —o C.0 D.1
Huwong dan gidgi:
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Chon C.
3 1 1
4 — 4 — — —
s 2 , . n° n® n
Chia ca tr va mau cho n® ta c6 duocC =lim =0.
2+i+i +1
n® n* n
97 3
Cau 13. Giatrj cia. F = lim =2 D e
(n°+2)
A. +oo B. —o C.8 D. 1
Huwoéng dan qidi:
Chon C.
7 3
-2 (23]
Taco: F =Ilim n 5” =8
[2+3)
n2
n® .
Cau 14. Gia tri cua. C = lim———= bang:
n(2n+1)
A. +oo B. —o C. % D. 1
Huwéng dén gidi:
Chon C.
3_qn2 .
Céu 15. Gidtricua. D= "mr143—ns+2 bang:
n"+4n° +1
A. +00 B. —o C.0 D. 1
Huwéng dan qidi:
Chon C.
/ 3
Cau 16. Giatricua. E = lim Y +2n+1 bang
n+2
A. +o0 B. —o C.0 D. 1
Huwéng dan qgidgi:
Chon A.
4/ 4
Cau 17. Gid trj cia. F = lim Y 2n+l+2n bang
Y3n*+n-n
A. +oo B. —o C. 3 D. 1
¥3-1
Huwéng dén gidi:
Chon C.
A ~ X L. 2n+2 £ . 4y ) . \
Cau 18. Cho dédy sou, véi u, =(n-1) PEREEE Chon két qua dang cua limu, la:
n*+n®—
A. —o0, B.O . C.1l. D. +o0.
Huwéng dan qgidgi:
Chon B.
. . 2n+2
Taco: limu, =lim(n-1),|[———
" (n-1) Vn*+n?-1
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:Iim\/(n—1)2(2n+2)

n*+n?-1
. \/2n3—2n2—2n+2
=lim —
n“+n--1
2.2 2 2
“lim [n0°_n°_n® _
1+———£—
n> n*
Cau19. lim—=2 _ pbing:
Jn*+n?+1
A. 40, B.10. C.0. D.—w.
Hwong dan gidi:
Chon C.
Ta co: |im%:|im 10
n*+n°+1 nz\/1+12+14
n> n
] 1 1 <.
Nhung Ilm‘/l+F+F:1 va IImi]—g):O
Nén lim——0  _o.
Jnt+n?+1
Cau 20. Tinh gigi han: lim¥F1=%
Jn+l+n
A.l. B.O. C.-1 D.
Huwéng dén gidi:
Chon B.
/Lri_ﬁ
,/ — 2
Taco: lim n+l 4:Iim n_n ”:920.
Jn+1l+n 1 1 1
—+—5+1
n n
.. . 1+34+5+....+(2n+1
Cau 21. Tinh gigi han: lim > ( )
3n°+4
A.0. B.l. C.g. D.1.
) 3 3
Hwong dan gidi:
Chon B.
, . 14+3+5+..+(2n+1) . 2 )
Taco: lim > ( ):Ilm 2 =lim 1 :1.
3n*+4 3n*+4 3.4 3
n2

2 —
Cau 22. Chon két qua dang caa lim ,[3+ n 3—i .
3+n° 2"

N |-
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A 4. B. 3. C. 2. D.%.
Huéng din gidi:
Chon C.
1
2 1—72
limy3+ 2 T L i st L _ 3.l o
3+n* 2" 3.4 7 1

k
A o . n“+..+an
Cau 23. Giatricua D =lim N +..+aN+a,

b1+ + b, (Trong do6 k, p la cac so nguyén duong; ab, #0).

bang:
A. +o0 B. —0 C. bép an khac D.1
Huwong dan qidgi:
Chon C.
Ta xét ba truong hop sau
a,_
_ o , _ ak+;1+---+sﬁ o0 if @b, >0
e k> p. Chiaca tir va mau cho n* tacd:D =lim = ) .
b, by —oo if ahb, <0
= +...+n—k
a, +£+...+a—ﬁ a
e k=p. Chiacat vamiu cho n* tacé:D =lim n : n :b—k.
b +...+— k
n
N —apk_k ..+ a%
e k<p.Chiacatrvamiucho n® : D=limfl—— N _qo.
b, +'"+n%
, _ n-2
Cau 24. Két qua dang cualim——— la:
3"+2.5"
A -2 B -1 c.2. D. -2
2’ 50 2 2
Huwong dan qidgi:
Chon B.
2 1 0 1
n-2 T Ao -
lim2"> _jim5 25 __ 25_ 1
3"+2.5" (3) 0+2 50
—| +2.
5
n n-1
Cau 25. lim>—%2 =3 ping:
3.2" +4"
A. +oo, B. —o. C.0. D. 1.
Hwong dan qidgi:
Chon C.
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3 1_4.(2] _3@
342 -3 . 3-22"-3 3 3

lim—————=Iim =lim
3.2"+4" 3.2"+4" 2\"
4" 3.(4) +1

(o oty)
)

32"-3"

Cau 26. Giatricua C =lim——-—— bang:
2n+ +3n+
A. +oo B. —o C. —% D.1
Huwéndg ddn gidi:
Chon C.
3.2"-3 3@] 1y
Taco: C=lim——— —=Iim ==
2n+ +3n+ 2 n 3
20— +3
3
Cau 27. Gia trj déing cua lim(3"-5") la:
A. —o0. B. +. C. 2. D. -2.
Huwoéng dan qgidi:
Chon B.
lim (3" -5") = lim5" [[ﬁ) —1] =—».
5
N _((3Y
Vi lim5 =+oo;|lm[(g] —1]: -1.
Cau 28, Gia trj cua. K = lim—->—> _ biing:
2n+ +3n+
A. —% B. —o C.2 D.1
Huwéndg ddn gidi:
Chon A.
3@ 1
K=lim————= 3
2(2] +3
3
Cau 29. lim>—* bing :
3"+1
A. 4. B.1. C.0 D.—w.
Huwéndg ddn gidi:
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Chon A.

1-(1
5'-1 (5]

Tacod: lim—==1Iim

SR
— + —
5 5
1 —

n

Nén I|m

Cau 30. Ilm,/

i C.i. D.+o0
3 2 4
Huwong dan qgidi:
Chon B.
Ta co: _1
2
Vi Iim(ij =0; Iim(E] =0.
2 4
Céu 31. Gia tri caa. C =lim % bang:
3n+ +4n+
A. +0 B. % C.0 D.1

Huwdéng dén qgidi:
Chon B.

l+a+a’+..+a"

Cau 32. Cho céc so thyc a,b théa |a| <1 |b| <1. Tim gi6i han | = lim . .
1+b+b°+..+b"

A. 40 B. —© C. ﬂ D. 1
. l1-a
Huwoéng dan qgidi:
Chon C.
n+1
Taco 1,a,a%,...,a" la mot cap sé nhan cong boi al+a+a’+..+a" = 11 a
-a

5 . 1_bn+l
Tuwong tu 1+b+b°+...+b" = b

1_an+1
Suyraliml =lim 1‘?+1 _1-b

1-b 1-

1-b

(Vila|<1|p<l=lima™ =limb™* =0).
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k k-1
a.n“+a_n‘t+..+an+a, .
k kL AT i ab, #0

Cau 33. Tinh giéi han cua ddy sé6 A= lim -
b,.n?+b n°"+..+bn+b

A. +00 B. —o C. bép an khac D.1
Huwong dan qidgi:
Chon C.
Ta chia lam cac truong hop sau
a +—2L +...+$; a
TH 1: n=k, chia ca tt va mau cho n*, ta dugc A= lim n n__ 2,
4 b, b
b, +—"=+..+-—2> P
P n n
ak—l aO .
_ o A " B ey +oo khiab, >0
TH 2: k> p, chia ca tir va mau cho n*, ta dugc A=lim n n__— _
b, b, b, |- khigb, <0
e + o +... i
i ak_k ap'jil +...+%
TH 3: k < p, chia ca tir va mau cho n”, ta duoc A= lim D tr)] b” =0
p-1 0
b, +T+ +F
Céau 34. Iim(nzsin%—2n3] bang:
A. +o0. B.O. C. -2. D. —oo0.
Huwong dan qidgi:
Chon C.
o sin—
Iim(nzsin——Zns]:limn3 —2|=-w
5 n
. Nz
sin—
Vi limn?® = +o0; lim 5 2|=-2
n
sinn—ﬂ sinn—ﬂ
<Limioo=lim 5 2|=-=2
n n n n
Cau 35. Gidtricia. M = Iim(\/n2 +6n —n) bang:
A. +o0 B. —o C.3 D.1
Huwong dan qidi:
Chon C.
M =lim—" 3
VYn?+6n+n
Cau 36. Gidtricia. H = Iim(x/n2 +n+1—n) bang:
1
A. +0 B. —o C. E D.1
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Huwéng dén qgidi:

Chon C.
1
1+—
Taco: H :Iim%zliml—”lzl
n“+n+1l+n 1+=+= +1
VV'n n
Cau 37. Giatricua B = Iim(\/2n2 +1—n) bang:
A. +o B. —0 C.0
Huwéng dan qidi:
Chon A.
Ta co: B:Iimn[ /2+£—1]:+oo
n
Bai 40. Gia tricua K = Iimn(\/n2 +1—n) bang:
1
A. +0 B. —o C. E
Huwéng dén gidi:
Chon C.
Cau 38. Gié trj dang cua Iim(\/nz —1-+/3n? +2) la:
A. +o0. B. —o. C. 0.
Huwéna dan qgidi:
Chon B.

Iim(\/n2 —1-+/3n? +2): lim n(\/l—lln2 —\/3+2/n2):—oo.

Vi limn :+oo;lim(\/1—1/n2 —\/3+2/n2):1—\@<0.

Cau 39. Gidtricua A= Iim(\/n2 +6n —n) bang:

A. +oo B. —0 C.3
Huwong dan gidi:
Chon C.

2 2
Taco A:Iim(«/nz 46N _n):nmm
VN +6n+n

:Iim%:limL:S
n°+6n+n 1+9 .1
n

Cau 40. Giatricua B = Iim(3 n®+9n? —n) bang:

A. +oo B. —0 C.0
Huwoéna dan qidi:
Chon D.

Tacd: B= Iim(%/n3 +9n° — n)

D.3

Mua tile Word [ién hé: 0978064165 - Email: dangvietdong.bacgiang.vn@gmail.com

Facebook: https://www.facebook.com/dongpay - Website: https://toanmath.com/

Trang 64



ST&BS: Th.S Dang Viét Dong Truwong THPT Nho Quan A

Gidi han - DS&GT 11

=lim

9n?
,3/(n3 +9n2)2 +nIn® +9n? +n?
d =3.
/ 9y [ 9
3(1+) +,1+—=+1
n n

Cau 41. Gid tricia D = Iim(\/nz +on-3in? +2n2) bing:

=lim

A. 4+ B. —© C. %
Huwéng dén gidi:
Chon C.
Tacdé: D= Iim(\/n2 +2n— n)— Iim(%/n3 +2n% — n)
) ) 2n°
=lim —lim
JnZ+2n+n %/(n3+2n2)2+ni/n3+2n2+n2

2 1

2 .
——1lim =3
/1+g +1 i/(1+2)2 +§/1+2+1
n n n
Cau 42. Gid tri cia. M = |im(%/1—n2—8n3 +2n) bing:

1
. 12
Hwong dan gidi:
Chon A.

=lim

B. —x© C.0

, 1-n? 1
Taco: M =Ilim -
3@@-n?-8n*? —2nY1-n? —8n® +4n* 12

Cau 43. Giatricua. N = Iim(\/4n2 +1-3/8n° + n) bang:

A. +o0 B. —wo C.0
Huwong dan gidi:
Chon C.
Tacod: N = Iim(\/4n2 +1—2n)— Iim(\3/8n3 +n —2n)
Ma: Iim( 4n2+1—2n):lim;:0
\V4An? +1+2n

Iim(\3/8n2+n—2n):lim n =0
3/(8n% +n)? +2n3Y8n° +n +4n°

Vay N =0.

Cau 44. Gid tri cia. K = |im(%/n3 n?-1-3Jan?+ n+1+5n) bing:

A. o0 B. —o C. —i

) 12
Huwéng ddn gidi:
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Chon C.
Taco: K = Iim(%/n3 +n?-1- n)—3|im(\/4n2 + n+1—2n)
Ma: Iim(%/n3 +n?-1- n) = %; Iim(\/4n2 +n +1—2n) :%
Do d6: K :l—gz—i
3 4 12
Cau 45. Gid tri cia. N :lim(%/n3+3n2+1—n) bing:
A. +o0 B. —0 C.0 D.1
Huwong dan qidgi:
Chon D.
2
N =lim sn°+1 -1
%/(n3 +3n° +1)° +nYn® +3n% +1+n°
Cau 46. Gid tri ding cua Iim[\/ﬁ (v +1—\/n—1)} la:
A. -1. B.O. C. 1. D. 4.
Huwéndg ddn gidi:
Chon C.
nn+l-n+1
Iim[\/ﬁ(«/n +1-/n —1)J:Iim Vi )2 im 2yn 1,
Jn+1++/n-1 \/ﬁ(\/1+1/n +\/1—l/n)
Cau 47. Giatricua. H =lim n(€/8n3 +n—+/4n’ +3) bang:
2
A. +0 B. —0 C. —g D.1
Huwéng ddn gidi:
Chon C.
H =Ilim n(\3/8n3 +n —Zn)— lim n(\/4n2 +3 —Zn) = —%
Cau 48. Giatricua A= Iim(\/n2 +2n+2+ n) bang:
A. +00 B. —o C.2 D.1
Huwong dan qidi:
Chon A.
, . 2 2
Taco A=limn|  [1+—+—+1|=+00
n n
Do Iimn:+oo;lim[ 1+Z+% +1]:2.
V" n n
Cau 49. im¥/200-3n° +2n? bing :
A.0. 3 B.1. C.+o. D.—.
Huwong dan qidgi:
Chon D.
Ta co: lim$/200—3n° +2n? =lim n5/£50—3+£3
n n
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Nhung lim 2—050—3+£3 =%/-3<0 va limn = +o
n n

Nén 1im$/200—3n° +2n? = -
2n®+sin2n-1 .

Cau 50. Gia tricua. A=1lim . bang:
n°+1
A. 40 B. —w© C.2 D.1
Huwong dan qidi:
Chon C.
2+sm 221 -1
A=lim——1 _»
1
1+F
Nl .
Cau 51. Gia tri cua. B = lim———— bang:
Jn®+2n
A. +o0 B. —© C.0 D.1
Huwong dan qidi:
Chon C.
3 Un! vn" n
Ta co: \/7 < \/— = —->0=B=0
JnP+2n Jnm*+2n Jnd+2n

n+1

Cau 52. Giatricua. D=Iim
n2(v/3n? +2 —+/3n2 -1)

bang:

A. +oo B. —© C. i D.1
NG
Huwoéna dan qidi:
Chon C.
Cau 53. Gia tri cia. E =lim(v/n?+n+1-2n) bang:
A. +00 B. —© C.0 D.1
Huwoéna dan qidi:
Chon B.
Cau 54. Giatricua. F = Iim( n+1+n) bang:
A. +o0 B. —© C.0 D.1
Huwoéna dan qidi:
Chon A.
Cau 55. Gia tri cia. H =lim({n* +1-%n? -1) bing:
A. +oo B. —© C. bap an khac D.1
Huwoéna dan qidi:
Chon C.

Xét cac truong hop
THL: k>p=>H=-x
TH2: k< p=>H=+x
TH3: k=p=H=0.

1 1 1 _
+ +ot :
2V1+2 3J2+23 (n+1)v/n+nvn+1

Cau 56. Tinh giéi han cta ddy s6 u_ =
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A+ B. —oo C.0 D.1
Huwéng dén gidi:
Chon D.
. 1 1 1
Ta co: =—-
k+DVk +kvk+1 vk k+1
1 .
Suyrau, =1- = limu_ =1
y n \/m n

. . N+D)VLE+2° +..+n°
Cau 57. Tinh gidi han ctaa ddy so6 un:( FDVL 274 :

3n°+n+2
A. 4+ B. —w C. % D.1
Huéng dén gidi:
Chon C.
2
Taco: P+2°+..+n° :[n(n;l)}
2
Suyra u, :n(3n—+1):> limu, :l.
3(3n°+n+2) 9
Cau 58. Tinh gidi han cia day s6 U, = (- )1 —)...1-—) trong do T, = D).
Tl T2 Tn
A. 4o B. —w C. % D.1
Huéng ddn gidi:
Chon C.
Tace: 1- L o1- 2 _(k=Dk+2)
T, k(k+1)  k(k+1)
1n+2 . 1
Suyrau, ==.——=limu, ==.
3 n 3
3 _ 3 3 _
Cau 59. Tinh gici han cia day sé u, ==~ > & 0 -1
2°+1 3+1 n°+1
A. 4o B. —w C. % D.1
Huéng dén gidi:
Chon C.
3 _ 2
Tach k3 1 ( 1)(k2+k+1)
K+l K+D[(k-1)2+(k-1)+1]
2 n°+n+l1
Suyra =u, =—.—=limu, =—
3 (n-n 3
A PORTR s g K 12k -1
Cau 60. Tinh gisi han cua day so u, = > o
k=1
A. +00 B. —w C.3 D.1
Hwong dan gidi:
Chon C.
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.. 1 1 (1 1 1 2n-1
Taco:u ——U, ==+ -+t t+t—= |-
2 2 (2 2 2 2
1 3 2n+1

=—=U, =
2 2 2n+1
Cau 61. Tinh gi6i han cua ddy s6 u, = q+29¢° +...+nq" Vvéi |q<1

A. +oo B. —o c.—4_ D.
. (1-q) (
Huwoéna dan qidi:
Chon C.
Tacé:u —qu,=q+q*°+q*+..+q"—ng""*
1-q" .
= (1-qu, =q f —ng"*. Suy ra limu, = q =
- (1-a)
Cau 62. Tinh gi¢i han ciia day sé u, = > —"—
= n°+k
A. +00 B. —© C.3 D.1
Huwoéna dan qidi:
Chon D.
Taco: n———<u, <n 2n = 2—n <u, -1< 2_1
n°+n n“+1 n°+1 n°+1
= |u, -1 < N 0= limu =1.

n®+1

In®+n+1-4vn*+2n-1

Cau 63. Tinh giéi han cua ddy s6 B = lim

(2n+3)?
A. +o0 B. — C.3 D. _73
Huwéng dén gidi:
Chon D.
Chia ca tir va mau cho n? ta c6 duoc:
\/ 1 1 \/ 2 1
1+ —+— -4 |1+ ———
5 6 3 4 —
B=limt—" 1 1 M 0 :144=—%
27)
n
Cau 64. Tinh giGi han cua ddy sé C = Iim(\/4n2 + n+1—2n)
A. +o0 B. — C.3 D. %
Huwéng dén gidi:
Chon D.
1

1+ -

Tacc’):C:Iim\/ : ntl —lim ”1 :%
4n“+n+1+2n \/4++2+2
n n

1+q)2
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Cau 65. Tinh giéi han cua ddy s6 D = Iim(\/n2 +n+1-23n® +n? —1+n)

A. +o B. —© C. 1 D.1

6
Huwdéng dén qgidi:
Chon C.

Tacod: D= Iim(\/n2 +n+1—n)—2|im(\3/n3+n2 —1—n)

nN“+n+l+n /1+7+72+1
n n

2
Iim(%/n3+n2—1—n):lim -1

%/(n3 +n° =12 +ndn®+n2 —1+n’

1
1—F :l
f 2 3
3 (1+14—16] + 3f1+1—i3 +1
n n n
1

n

2 1
VayD=1_2-_1
VU736

Cau 66. Cho day s6 (x,) xac dinh bsi x, =

=lim

2
X = X0 +X,,Vn2>1

1 1
+ oot

X +1 X, +1 X, +1

n

A. +o0 B. —© C.2 D.1
Huwong dan qgidi:
Chon C.
Ttr ¢ong thac truy hoi ta co: x
Nén ddy (x, ) la day sb tang.
Gia st ddy (x.) la ddy bi chin trén, khi d6 s& ton tai limx = x

3 N

Pit S, = . Tinh Ii

S, .

>X, vn=12,..

n+1

V6i x langhiém cia phuong trinh: x =x*+x < x=0<x, VO li

Do d6 day (x,) khong bi chan, hay limx, =-+co.

Mt khae: ——— L+ -1 __1
X X, (X, +1) x, x +1

1

n+1

1 1
Suy ra: =—-
X +1 X X

n n n+1

Dan téi: Sn:i— L =2- L = limS, =2-1lim 1 =2
Xl Xn+1 Xn+1 Xn+1
A ~ . 1 2 k
Cau 67. Cho ddy (x,) dugc xac dinh nhu sau: X, = —+—+...+
2131 T (k)

Y H & n n n
Tim limu_ véi u, =Q/x1 + X5+t X -
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A. +o B. —© C.1 L D 1+L

) 2012 7 2012!
Huwéng ddn gidi:
Chon C.

Ta co:

L:i_; nén Xx :1_L
(k+1)! k! (k+1)! “ (k+1)!
1 1
(k+2)! (k+1)!

Ma: Xy, < Q/ X\ 4 X F et Xopgy < V201X,
1

Mat khac: 1im X, = limY2011X,0,, = X014 :1_m

Suyra X, =X, = <0= X, <Xy

Vay limu, :1—L.
2012!

u, =2011 ,

Cau 68. Cho day sb (U,) duoc xac dinh boi: 1.Tim lim&

U.,=u,+— n
n+ n u

2
A. 4+ B. —w C.3 D.1
Huwong ddn gidi:
Chon C.
Tathay u, >0, Vn

:uj+3+%+i6 (1)

Suyra: ul>u’, +3=ul>uS+3n (2)

Taco: u®

n+1

Tu (1) va (2), suyra: ud, <u’+3+ 31 + ! 2<u§+3+i+_2
Uy +3n (ug+3n) 3n 9n

Dodo: ¥ <ui+3n+2y1iiy L (g
3Gk 9k

) N1 1 1 1 1 N1 N1
Laico: Y —<l+—+—+.. .+ =2-=-<2. —S\/ﬁ — <A/2n
' ;kz 12 23 (n=1)n n k

V2n

o 2
Nén: ug +3n<u’ <u§+3n+§+—

Cau 69. Cho day x>0 xac dinh nhu sau: f(x) =

—‘Xl_l. Tim (0;+o0).
X

A. +o B. —0 C. 2010 D.1
Huwonq dan qidi:
Chon C.
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2
u u,, —u, u,

n— — & =
2010 U,,,.U 2010u, 4

n+1"%n

o :2010{i—i]

Tacou,,,—u

u u u

n+1 n n+1

1y _20100--L

n+1 n+1

Taco Y- = 2010(+ - )
u u

un+1
Mat khac ta ching minh dugc: limu, =+oo.

Nen lim(3
u

) = 2010.

n+1

Cau 70. Tim limu,_ biét u_— ”-\/1+3+5j---+(2”‘1)
2n“ +1

A. +o B. —© C. % D.1

Huwéng dén qgidi:
Chon C.

Taco: 1+3+5+..+2n—1=n” nén limu, :%

3 — —
) e y VX=242X=1 i sl
Cau 71. Tim limu, biét f(x)= X —1
3m-2 khi x=1
3
A. oo B. —© C.2 D. ﬁ
V2
Huwénd ddn gidi:
Chon D.
Taco: 1+2+...+n _n(n+1) val?+2°+..+n%*= n(n+1)éZn+1)
3
Nén limu, :ﬁ
V2
A o y VXL x>0
Cau 72. Tim limu_ biét f(x)= X
2x% +3m+1 khix<0
A. +o B. —o© C.2 D.1
Huwoéng dan qgidi:
Chon D.
. 1 1 1 1 .
Ta co: =—-——=S8uyrau,=1-——=limu, =1
(k+)vVk +kvk+1 vk Jk+1 Y Jn+1
V2x—4 +3 khix>2
Cau 73. Tim limu_ biét f(x)= x+1 ] trong do X #1.
> khix <2
X —2mx+3m+2
A. oo B. —© C. % D.1
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Huwéng dén qgidi:

Chon C.
Tacs: 1- 212 _(k=Dk+2) Suy ra unzl.iz:limunzl.
T kk+1)  k(k+1) 3" n 3
. 2 . 1
Cau 74. Tim limu, biét u, = ) ——
;\/n2+k
A. +oo B. —© C.3 D.1

Huwoéna dan qidi:
Chon D.
Ta co: ! < ! < 1 , k=12,..,nSuyra n <u, < n

Jni+n Wn?+k Wn?+1 Jn?+n Jn?+1
Ma lim——— = lim——— =1 nén suyra limu, =1.

Jn?+n Jn?+1

Cau 75. Tim limu_ biét u, =+2v/2..4/2
n dau can
A. +0 B. —© C.2 D.1
Huwong dan qgidi:
Chon C.

11 1 11 1

Tacou =222 2 :2_(Ej ;nén limu, = lim 21_(Ej =2,

Cau 76. Goi g(x) =0, Vx<2 la diy sé xac dinh béi e . Tim lim f(x) = Iim(\/Zx—4 +3):3.

x—2* x—2"
A. 4o B. —o C. % D.1
Huéng ddn gidi:
Chon C.
. 4 8 4 8 A m s e s
Taco O<u, <u, =>u, = —§+§ 3u, < —§+§,/3u2 =u, nén day (u,) Ia day tang.

Dé dang ching minh dugc u, <%,Vn e N".Ttr d6 tinh duwoc limu_ = % :

2

2
Cau 77. Cho day sb A:(Xl2 +%X1X2] +(%X1X2+X22] +%X12X22+3>0 dugc xac dinh nhu sau
S X =X,.

bat xs%.Tim <X +2x-3/3-2x-4=0.

A. +o© B. —o© C. % D.1
Huwéndg ddn gidi:
Chon C.
Taco: u,,, = \/(u,f +3u ) (U2 +3u, +2)+1= \/(uﬁ +3u_+1)°
=u’+3u, +1
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1 1 1

Suyra:u,,,+1=(u, +1)(u, +2)= = -
y n+l ( n )( n ) Un+l+1 un +1 un+2
Suy ra: t !
u,+2 u,+1 u,,+1
N1 1 1 1 1 1
Do @9, suyra: v, :Z - = - =
=\u+1 u,+1) u+l u,+1 2 u ,+1

Mat khac, tir u,,, =u?+3u, +1 tasuyra: u , >3".

n+l

Nén lim

=0.Vay limy, :i.
u 2

n+1

Cau 78. Cho a,be N*,(a,b)=Lne{ab+Lab+2,..}. Kihi¢u r, lasb cap so (u,v) e N"xN" sao cho

. . r 1
n=au+bv. Tim lim=*=—.
n—wo M ab

A. +o B. —© C. 1 D. ab-1

Huwéng dén qgidi:
Chon C.

Xét phuong trinh [O;n—_l} D).
n

Goi (Uy,V,) 1& mot nghiém nguyén duong cua (1). Gia st (u,v) la mot nghiém nguyén duong khac
(Ug,V,) cua (1).
Taco au, +bv, =n,au+bv=n suyra a(u—u,)+b(v-v,)=0 do d6 ton tai k nguyén duong sao cho

v, —1. @)
a

Ta nhan thay s6 nghiém nguyén duong ctia phuong trinh (1) bang s6 cac sé6 k nguyén duong cong véi
1.Dod6 r, = [VO _1}1: [l_“_o_i}rl_

u=u,+kb,v=v,—ka. Do v Ia s6 nguyén duong nén v, —ka>1<k <

a ab b a
Tir d6 ta thu duoc bét ding thic sau; ~-—%o_Lop <N U 1.,
ab a ab b a
Tudosuyra: i—i—isr—”si—i—i+i.
b nb na n ab nb na n
N . . T
Tur day ap dung nguyén ly kep ta co ngay lim-—= = ib :
n—oo n a
1
u1 = E
Cau 79. Cho day sé c6 gigi han (un) xac dinh boi : 1 . Tim két qua dang cua limu,_ .
Uy, = ,n=1
2—-U,
1
A.0. B.1. C.-1. D.E
Huwéng dén gidi:
Chon B.
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‘. 1,2 .3 _4 _5.
Ta co: ulz?u2 =—; U, :—,UA:E,US:E.,...

. n iy .
Dy dodn u, =—— vo6i ne N
n+1

Dé& dang ching minh di doan trén bang phuong phap quy nap.

Tir do limu, :limizlimilzl.
n+1 14 =
n
Cau 80. Tim gid tri dung cua$ =2 1+£+£+1+...+i+ ....... :
2 4 8 2"
AAN2+1. B.2. C.2\2 . D.%.
Huwéndg ddn gidi:
Chon C.
1 1 1 1 1
Taco: S=v2| 1+ 4=+ q +— 4. .= -22.
( 2 4 8 2" ] _1
2
Cau 81. Tinh gisi han: lim| - + = &+ 1 — 1
1.2 23 n(n+1)
A.0 B.1. C.g. D. Khéng c6 gidi
han.
Huwong dan qidgi:
Chon B.
bat :
1 1 1 1 1 1 1 1 1 n
= ...+ =l- 4+ =1
1.2 23 n(n+1) 2 2 3 n n+l n+l1 n+1
1 n 1
=lim|—+—+...+ :Ilm—_llm—lzl
12 23 n(n+1) n+1 141
n
Cau 82. Tinh gisi han: lim| -+ 4+
1.3 35 n(2n+1)
A.l. B.O. C.%. D.2.
Huwéndg ddn gidi:
Chon B.
bat
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1 1 1
— t+ .t —

1.3 35 n(2n+1)
=2A=—+— 2
1.3 35 n(2n+1)
:>2A:1—l+1—l+l—l ...+l— !
3 55 7 n 2n+1
oa-1 Lo en
2n+1 2n+1
= A= n
2n+1
a 1 1 1 . n . 1 1
Nén lim| —+—+....+—————— |=Ilim =lim ==
13 35 n(2n+1) 2n+1 s 1 2
n
Cau 83. Tinh gisi han: lim| -+ 4.+ 1
1.3 24 n(n+2)
A.E. B.1 C.0. D.g.
4 ' 3
Huwong dan qidi:
Chon A.
, 1 1 1 . 1) 2 2 2
Taco: lim| —+—+...4+——— |=lim=| —+—+....+
13 24 n(n+2) 2113 24 n(n+2)
.1 1 1 1 11 1 1 .1 1 1 3
=lim=|1- 24—+ =  +=-——— | =lim=| 1+ =- =,
2 3 2 4 3 5 n n+2 2 2 n+2 4
Cau 84. Tinh giéi han: lim ! — !
14 25 n(n+3)
E B. 2. C.1. D.E.
18~ 2
Huwong dan gidi:
Chon A.
Cach 1:

1 1 1 1(, 1 1 111 1 1
lim| —+—+...+ =lim (1—— e ...+———]
14 25 n(n+3) 3" 4 2 53 6 n n+3

1 11 1 1 1
=lim (1+ +=— ]
{3 2 3 n+l n+2 n+3

11 . { 3n? +12n+11 } 11
—lim ( =

18 n+1)(n+2)(n+3)| 18"

100

Céach 2: B 4y tinh nh :
ac am may timn nnu sau Z;‘X(X+3)

va so dap an (co6 thé thay 100 bang s6 nho hon hoic 16n

hon).
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Cau 85. Tinh gisi han: |imK1—2—12j(1 312] (1 izﬂ
n

A. 1. B.l. C.i. D.E.
2 4 2
Huwdng din gidi:
Chon B.
Cach1

'ié{(lfl(l-s—il---(l-%ﬂ_"m S5 G CHRCH ]

hon).
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GIG1 HAN HAM SO

A-LY THUYET TOM TAT

Gidi han hiru han

Gio6i han vo cue, gioi han ¢ vo cuc

1. Giéi han dac biét:
lim X=Xp; limc=c
X—)X0 X—)X0
(c: hang s6)
2. Pinh li:
a) Néu lim f(x)=L va lim g(x)=M
X—>X X—)X0
thi: lim [f(x)+g(x)]=L+M
X X0

lim [f(x)-g(x)]=L-M

0

lim [ f(x).9(x)]=L.M

0

fo_L

lim — (néuM = 0)
x-x, g(x) M
b) Néu fix)>0va lim f(x)=L
X—)XO

thi L>0va lim f(x) =L
X—)XO

c) Néu lim f(x)=L thi lim |f(x)|=|L|
X—)X0 X—)X0
3. Giéi han mgt bén:

lim f(x)=L<

1. Giéi han dac biét:

k

=+ lim X

. o0 |
lim K :{+ neu k chan

X—>+00 X—>—00 —co neu k lel
] . c

lim c=c; lim —=0

X—>+00 x—to0 yK
.1 1

lim = =—-o; lim ==+

x—0" X x—0" X

. 1 . 1
lim —= lim — =+
x—>0‘|X| x—0* X|
2. Dinh li:

Néu lim f(x)=L=0va lim g(x) =+ thi:
X—)X0 X—>X

0
+o00 neu L va lim g(x) cungdau
X—)XO

—oo neu L va lim g(x) traidau
X—)XO

lim (x)g(x) =

0 neu lim g(x)=zw

- f(x) % |
lim —== )40 neu lim g(x)=0 vaL.g(x)>0
x—X, g(X) X=X,
—oo neu lim g(x)=0valL.g(x)<0
X—)X0

lim f()= lim f(x)=L Khi tinh giéi han ¢6 mot trong cac dang vo dinh: 0’
X=X, X=X, o
—, 0 —o0, 0.00 thi phai tim cach khir dang vo dinh.
o0
B — BAI TAP
DA_)NG 1: TINH G101 HAN DANG BANG DPINH NGHIA HOAC TAI MOT
PIEM
Phwong phap:

+ Str dung dinh nghia chuyén gigi han ciia ham s vé giéi han cua day sé.
+ Néu f(x) 1a ham s6 cho bai mot cong thic thi gid tri gisi han bang  f(x,)
+ Néu f(x) cho bai nhiéu cong thire, khi d6 ta sir dung diéu kién dé ham sé cé gidi han ( Gigi han

trai bang giGi han phai).

3 2
Cau 1. Chon két qua dang trong cac két qua sau cua Iiml% la:
x>-1 22X +
A -2. B. - L. c.t D. 2.
2 2

Huwdéng dén qgidi:
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Chon A.
% ~1)° +2.(-1)° +1
Cécn 1: tim X +2¢ 1 (D) +2(D) 1
>l 2% +1 2(-1) +1
3 2
Céch 2: BAm may tinh nhu sau: % + CACL + x=-1+10"° va so dap an.
X+
, . : . X +2x7+1
Cach 3: Dung chirc lim caa may VNCALL 570ES Plus: lim——— va so dap an.
241y 5 1410°
8 —_ N
Cau 2. lim # bang:
x>23X" +X+2
A—co0,. B. —E.. C. E D. +oo.
_ 4 4
Hwong dan gidi:
Chon B
. 4x% -1 11
lim———=-—.
x>-23X" + X+ 2 4
A N - N Ly X+1 N . ~
Cau 3. Tim gidi han ham so I|rr11—2 bang dinh nghia.
X—>. X_
A. 4o B. —» C. -2 D.1
Hwong dan gidi:
Chon C.
Vi moi day (x):limx =1 ta co: lim2= = 2 vay lim X+t - o
X, —2 x->1 X —2
Cau 4. Tim gi6i han ham sb |in;(x3 +1) béng dinh nghta.
A. +o0 B. —© C.9 D.1
Hwong dan gidi:
Chon C.
Cau 5. Tim gii han ham sé 1im Y2322 pano dinh nghia.
x—1 X—-1
A. +oo B. —© C. -2 D. %
Huwéng dén gidi:
Chon D.
. AXx+3-2 1
im—==
-1 x-1 4
A S s g X+3 . . .
Cau 6. Tim gi6éi han ham so lim Y2 bang dinh nghia.
X—>+0 X_
A. +o0 B. —© C. 2 D.1
Hwong dan gidi:
Chon D.
A < - N L g 2X2 —x+1 N . ~
Cau 7. Tim giéi han ham so lim s bang dinh nghia.
X—>—00 X+
A. +o0 B. —» C. -2 D.1
Hwong dan gidi:
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Chon B.

o 2xP—x+1
lim —————=
x>0 X+ 2

—00

Cau 8. Tim gi6i han ham sé lim>*"2 bing dinh nghia.

x->1 2x =1
A. 40 B. —© C.5 D.1
Huwéndg ddn gidi:
Chon C.

V6i moi day (x, ):limx, =2 ta co:lim 22 _jim P +2 _31+2 g
x-1 2x -1 2x, -1 2.1-1

2 - r
Cau 9. Cho hams f(x) = |—2X =3X__ Chon két qua diing caa lim f (x):
(2x-1)(x*-2) "2
AS g b5 c V5 p. Y2,
9 3 9 9
Huréng dén qidi:
Chon B.

2 2
Cach 1: "m\/( 4x? — 3 :\/( 42°-32 5

lim 2x—1)(x3—2) 2.2—1)(23_2) 3

4x% —3x

(2X—1)(X3—2) + CACL + x=2+10"° vaso dap 4n.

Céch 2: Bam may tinh nhu sau: \/

2
Cach 3: Ding chic lim ciia my VNCALL 570ES Plus: lim |— 2% —5X va so dép
(2x-1)(x*-2) P
X—>2+10
an.
, a4 , , 2 L oan cos5x 9 .,
Céch 2: Bam may tinh nhu sau: Chuyén qua ché dé Rad + 5 + CACL + x=-10" va so dap an.
X
, N T , , 2 L oan . COoS5x \
Céch 3: Dung chirc lim cia may VNCALL 570ES Plus: chuyén ché @6 Rad + lim va
2X 10?9
X —-10
so dap an.
Cau 10. Tim gioi han ham sb |i|rr3—“x+24_2 bing dinh nghfa.
X—>! X
A. + B. % C. 2 D.1
Huwong dén gidi:
Chon B.
V6i moi day (x,):limx, =0 ta co:
N — X +4-2
imYX 222 i v ~lim al fim——t -1
x—0 2X 2Xn 2Xn(,/Xn+4+2) 2(‘,Xn+4+2) 8
Cau 11. Tim gisi han ham sé lim 2X ‘13 bing dinh nghia.
x->1" X —
A. + B. —0 C. 2 D.1
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Huwéng dén qgidi:

Chon A.
Vi moiddy (x)):x >1, Vn va limx =1 tacé: lim P73 im %8 .
-1 x—1 X, —1
~ ~ ., \ X - 3X—1 N . ~
Cau 12. Tim gidi han ham so lim bang dinh nghia.
Xx—>2"7 X —
A. +o0_ B. oo C. -2 D.1
Huwong dan gidi:
Chon B.
VGimoiday (x,):x, <2, Vn va limx, =2 taco: lim X1 lim 3%, -1_ —00,
x-2" X—2 X, —2
2
Cau 13. Tim giéi han ham sb "n}2x+—x13 bang dinh nghia.
X—. X_
A. + B.5 C. 2 D.1
Huwong dan gidi:
Chon B.
T . - 2 yx— . 2x2 — .
Véi moi day (x,):limx =1 taco:lim 2X X8 _ lim 250 " 3_ lim(2x, +3)=5.
-1 x-1 X, —1
A < ., - N 2o X+1 N . .
Cau 14. Tim gidi han ham so I|rr21 (2 )4 bang dinh nghia.
X—> —X
A. +o0_ B. —oo C. -2 D.1
Huwong dan gidi:
Chon A.
2
Cau 15. Tim gi¢i han ham sé lim ——— bing dinh nghia.
x—>+0 2X° +1
A. +© B. —o C. g D.1
Huéng dén gidi:
Chon C.
2
Pap sb: lim 32X :§
xoio 2x2 +1 2
Cau 16. Tim gi6i han ham s6 lim (x* +x—1) bang dinh nghia.
A. +o0_ B. oo C. -2 D.1
Huwong dan gidi:
Chon A.
2
Cau 17. Tim giéi han ham s6 lim X — bang dinh nghia.
X2 (x4 +1)(2— X)
A. +oo B. —o C.0 D.1
Huwong dan gidi:
Chon C.
A < ., N T X2 +3x+2 N . .
Cau 18. Tim gidi han ham so lim | ]4 bang dinh nghia.
Xx—>-1" X+
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A. o B. —o0 C. -2
Hwong dan gidi:
Chon D.
. o a e X H3X+2
Do X = -1 = [x+1=—(x+1). Pap so: lim ————==-1.
x—>-1" |X +1|
~ N ., - R z . X2 —X+1 3 . -
Cau 19. Tim gidi hanham so A= Ilrrl1—1 bang dinh nghia.
-l X+
1
A. +oo B. —© C. E
Huwong ddn gidi:
Chon C.
2
Ta c6: A= lim> x+1_1 1+1=£.

-1 x+1 1+1 2

Cau 20. Tim giéi han ham s6 B = lim 28X+ psrs dinh nghia,
H% sinx+1
A. +o0 B. —oo C. 4‘/?6
Huwong ddn qidi:
Chon C.
2tan* +1
Taco B:IimZt_aanLl: 6 :4\/§+6.
% SN X+1 sin%+l 9
3 -_ A
Cau 21. Tim gi6i han ham sé C = |in3—”‘;21"+1 bing dinh nghfa.
x> X+
A. 4 B. - C.¥2+1
Huéng dén gidi:
Chon C.
13' —_—
Taco: C :Iimwziﬁﬂ.
x>0 3x+1
3
Cau 22. Tim gioi han ham sé D = |inl1—V7X+1+1 bing dinh nghfa.
X—>. X_
A. +oo B. —© C. 2
Huéng dén gidi:
Chon D.
3/ 3
Taco: D=Iim 7X+1+1: \/§+1:—3.
x>l X—2 1-2
X

Cau 23. Tim giéi han ham s6 A= lim 2;1 bang dinh nghia.
x>-2 X"+ X+4

A. +o0 B. —© C. —i

6
Huwéng dén qgidi:
Chon C.

D. -1
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sin® 2x —3cos X

Cau 24. Tim gigi han ham s6 B =lim t bang dinh nghia.
‘o an x
6
A. +oo B. —0 C. #—% D.1

Huwéng dén qgidi:
Chon C.

Cau 25. Tim giéi han ham s6 C =Ilim 5
x—1 3xc =2

A. 400 B. —© C. ﬁ—g D. J2-%5

Huwdéng dén qgidi:
Chon D.

Cau 26. Tim giéi han ham s6 D =lim

x—1

_2 bang dinh nghia.

A. 40 B. —0 C. 1 D.0

6
Huwdéng dén qgidi:
Chon D.

x>*—3 khi x>2
x=1 khi x<2

A -1 B.O. C. 1 D. Khéng ton tai.
Huwéng dén gidi:
Chon C.
Taco lim f(x)=lim(x*-3)=1

x—2" x—2"
i )= fm (x-1) -1
Vi lim f(x)=lim f(x)=1nén lim f (x)=1.

x—2" x—2" X—2

Cau 27. Cho hamsé f () :{ . Chon ket qua diing cua lim f (x):

Cau 28. Tim a dé ham s sau ¢ gigi han khi x —> 2 f(x) = ) :
2x*—x+1 khi x<2

A. +0 B. —©

{x +ax+1 khi x>2
c.t D.1
"2

Huéng ddn gidi:
Chon C.
Ta co: lim f(x)_llm(x +ax+2)=2a+6. I|m f(x)_llm(2x -X+1)=7.

x—2"

A

Ham s6 ¢6 giéi han khix — 2 < lim f(x) = lim f(X) <:>2a+6:7<:>a=%.v,y a:% la gia tri can
x—2* X—2~

tim.

Sax? +3x+2a+1 khi x>0

1+ X+Vx2+x+2 khi x<0

Cau 29. Tim a dé ham s6 sau c6 giéi hantai x=0 f(x) ={
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NG

Huwdéng dén qgidi:
Chon C.

Taco lim f(x):2a+1:1+\/§: limf(x)=a=

x—0" x—0~

Sax’+3x+2a+1 khi x>0

1+ X+Vx2+x+2 khi x<0

J2
-

Cau 30. Tim a déhamsb. f(x) :{ c6 gidi hantai x — 0

A. +0 B. —0 C. g D.1
Huéng ddn gidi:
Chon C.
Taco: lim f(x) = lim (5ax” +3x+2a+1)=2a+1
x—0" x—0"
lim 1 (x) = Iirp_(1+x+\/x2+x+2):1+\/§
Vay 2a+1:1+\/§<:>a:%.

x*+ax+1 khi x>1

_ ¢6 giGi han khi x —>1.
2x*—x+3a khi x<1

Cau 31. Tim a dé ham sb. f(x):{

A. 4o B. —0 C. 1 D.1

6
Huéng ddn gidi:
Chon D.
Taco:lim f(x)=lim(x* +ax+2)=a+3.
x—1" x—1"

lim f (x) = lim(2x* —x+3a) =3a +1.
X—1" Xx—1"
Ham sé c6 gi6i han khi x — 1< lim f(x) = lim f (x)
x—1* x—1"

< a+3=3a+l<a=1.Vay a=1Iagiatri can tim.
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DANG 2: TINH GIG1 HAN DANG VO PINH %
1.L=Ilim % véi P(x), Q(x) 1a cac da thirc va P(Xg) = Q(Xp) =0
Phan tich ca tiz va mdu thanh nhan ti va rit gon.

Chuy:
+ Néu tam thac bac hai ax’+bx+c c6 hai nghiém x,x, thi ta lubn c6 sy phan tich

ax’ +bx+c=a(Xx—x)(X—X,).
+a"-b"=(a-b)@" ' +a"*b+..+ab" > +b" ")

2L = tim PO i P(Xo0) = Q(Xo) = 0 va P(x), Q(X) la céc biéu thirc chira ciin cling bac

X=X Q(X)
Sir dung cac hang dang thire dé nhén heong lién hop ¢ tir va mau.
Cac lwong lién hop:
+ Va-b)Wa+vb)=a-b
. (fa+3b)¥a® $¥ab +¥b?)=a-b
+ Wa-th)a™ +¥a b +..+ 80" ) =a-b

3. L = 1im 2% Vi P(xo) = Q(xo) = 0 va P(x) 2 biéu thiic chita ciin khong ddng bic

X=X Q(X)
Gia sir: P(x) = tfu(x) —v(x) vaui gu(x,) = fv(x,) =a.
Ta phan tich P(x) = (gfu(x) -a)+(a-gv(x)).

Trong nhiéu treong hep viéc phan tich nhw trén khong di dén két qua ta phai phén tich nhw

sau:  Qu(x) —v(x) = (@u(x) —m(x)) - @v(x) —m(x)), trong d6 m(x) - c.

2
Cau 1. Chon két qua dung trong cac két qua sau cua Iimlxz_:—zxg1 la:
x>-1 2x° +
A. —o0, B.O. C.%. D. +o0.
Huwéng din gidi:
Chon B.
2 x+1)° )
Céch 1: lim X2 _; (x+1) Slim——2FL g

> 2x% 42 _XLn—]lz(x+1)(x2—x+1)_H—lz(xz—x+1)

2
Céch 2: Bam may tinh nhu sau: X2+3—2X;_1 + CACL + x=-1+10" vaso dap 4n.
X+
, . : .  XP4+2x+1
Céch 3: Diing chirc lim cia may VNCALL 570ES Plus: lim2—=2"2 va so dép én.
2X°+2 |y, 1110°
3 Q2
Cau 2. Tim gidi han A= lim X2 .
x>l X°—4Xx+3
A. +o© B. —o C. g D.1
Huwéng dén gidi:
Chon C.
Mua tile Word [ién h¢: 0978064165 - Email: dangvietdong.bacgiang.vn@gmail.com Trang 85

Facebook: https://www.facebook.com/dongpay - Website: https://toanmath.com/



ST&BS: Th.S Dang Viét Dong Truwong THPT Nho Quan A Gidi han — DS&GT 11

x* —3x% +2 _Iim(x—l)(x2—2x—2) _lim X*-2x-2_3

Taco: A=lim—; :
1 X°—4x+3 =1 (x=1)(x-3) x>l x—3 2

4 2
Cau 3. Tim gidi han leimw '
X—>2 X° —8
1
A. +o B. —o C. 5 D.1
Huwéng dén gidi:
Chon D.
. . x"-5x’ . 2 1) (x* - . Z_1)(x-2 2) . 2 -
Ta co: B=|Imw=|lm (x 31)(X3 4) :IIm(X )(X2 )X+ ):Ilmwzl.
x>2 X -8 x—>2 X*—2 22 (X=2)(X"+2X+4) 2 X" +2x+4
3_M_ 4
Cau 4. Tim gii han C = lim (A+3%)° -(-4%) .
X—> X
1
A. +o© B. —o C. 5 D. 25

Huwéng dén qgidi:
Chon D.

3_M_ 4
Tacé:Czlim(1+3X) (1=4%)

x—0 X
3 _ _ 4
i @#30° -1 (1-4%)° -1
x—0 X x—0 X
_lim 3X[(L+3x)* + (1 +3x)+1] lim —4%(2 - 4X)[(1-4x%)* +1]
x—0 X x—0 X

= lim3[(L+ 3%)% + (1+3x) +1] + lim 4(2 —4x)[(1-4x)* +1]=25

Cau'5. Cho ham sb f (x) =———. Gid rj diing cua lim f (x) I
X =9 x—>3"

A. —0.. B. 0.. C. 6.. D. +o.
Huwéng dén gidi:
Chon B

L ox-3 (x-3)°

lim =lim )

x—3" [X2_9 x—3" (X_3)(X+3)

-3

— lim (x )=0.

3 J(x+3)

Cau 6. Tim gigi han D =lim (L+x)A+2x)A+3x) -1

x—0 X
1
A. +© B. —o C. 5 D.6
Huwéndg ddn gidi:
Chon D.
_ 3 2
Tacé D = lim @+ x)L+2x)(1+3x) -1 _lim 6X° +11x° +6X _6
x—0 X x—0 X
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Cau 7. Tim gidi han A—Img i (mneN*) :
X—> X —_
A. 4o B. c. L D. m-n
m
Huwéng dén gidi:
Chon C.
n-1 n-2 n-1 n-2
Tach: A—lim (x— 1)(xm 1+x +..+X+1) _lim X 1+x 2+...+x+1 _n
o0 (X=D(X" "+ X" P x+D) o0 X" X" 4+ x4+1 m
Cau 8. Tim gidi han B:Iing—\'lJrax_l (neN*a=0) :
X—> X
A. 4o B. c.2 D.1-1
3 n a
Hwong dan gidi:
Chon C.
Cach 1: Nhan lién hgp
Ta co:
8- (\/1+ ax — 1)(\/(1+ ax)"™* +\/(1+ ax)" % +...+ Yl+ax +1)
o x(\/(1+ ax)"* +\/(1+ ax)"? +..+ Yl+ax +1)
=lim a _a
=00 \/(1+ax) n +\/(1+ax)n Z4..+Yl+vax+1 N
Céch 2: Pit an phu
Pit t={1+ax = =l vaxs0etol
a
. t-1 . t-1 a
= B=alim =alim - =—.
-1 e (=D "+ +t+D) n
Cau 8. Tim gisi han A= lim Y28 =1 i ab £ 0
x>0 Q1+ bx -1
A. 4o B. c. &l D. 1+ 20
3 bn bn
Hwong dan gidi:
Chen C.
Ap dung bai toan trén ta co:
\”/1+ax 1 X _am_am
an X an m /1+bX 1 n o bn
. . N+ oax3IL+ pxyYLl+yx -1 .
Cau 9. Tim gigi han B:Img\/ “ \/ b \/ 4 voi affy #0.:
X—>! X
A. +o B. —» cs-L_L.2 p.e=L:L.2
. 4 3 2 4 3
Hwong dan gidi:
Chon C.
Taco: V1+axil+ fxil+yx—1=
:\/1+ax€/l+ﬁx((‘/1+;/x —1)+\/1+ax((€/1+ﬁx -+ W1+ax-1)
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e Yl+yx-1 . 31+ px-1 ,/
B =lim( 1+0‘X\/31+ﬂx)4+llrr3\/1+ax—ﬁ m 1+ax-1
X—> X X X o

X

2
Cau 10. Tim gidi han A=Ilim w :
-2 x3-3x-2

A. 4o B. o C. % D.1
Huwdéng dén qgidi:

Chon C.
Taco: A=Ilim (x-2)(2x 1) :1
-2 (Xx—2)(x* +2x+1) 3

Cau 11. Tim gigi han B =lim ﬂ ;
o1 x* 4+ 2x-3
A. + B. —0 C. % D.1

Huwdéng dén qgidi:
Chon C.

Ta co: B:Iim(x DX +2X X 2)=1
-1 (X=1)(X"+Xx+3) 5

Cau 12. Tim gidi han C = Ilm—'2X+3X :
=3 x> —4x+3

A. +oo B. —© C. —% D.1

Huéng ddn gidi:
Chon C.
Taco: C=lim ~(x=3)(x+1) -1

23 (x=3)(x— 1)(\/2x+3+x)

3
Cau 13. Tim gidi han D =lim———— x+1-1 .
o0 4x+1-1

A. 4o B. —0 C. % D.1

Huwdéng dén qgidi:

Chon C.
x((‘/(2x+1)3 +‘\‘/(2x+1)2 +32x +1+1)

Taco: D=Ilim _2
x>0 2x(13/(x+1 243 x+1+1) 3
13' —_— _."
Cau 14. Tim gidi han E =lim 4x-1-Vx+2 :
=7 2Xx+2-2
A. 4o B. —© C. 8 D.1
27

Huwdéng dén qgidi:
Chon C.
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Tacod: E =lim

o1 axr2-2 1 42x+2-2 1 42x+2-2
axi-g 2 42x+2+2)(4(2x+2)2+4) 61

A= =lim =—
22 Jlax-27 +svax-149) 27
4 4 2
. \/ﬁ 3 Iim(\/2x+2+2)( (2x+2) +4)_§
" Yax+2-2 7 Z(M+3) 3
E-p-p-4_8_8
27 3 27
2X+1 D(4x+1 1
Cau 15. Tim gidi han F = 0\/( X+ DEx+DAx+1) -
XA) X
9
A. +oo B. —© C. E D.1
Huwéng dén gidi:
Chon C.
_ 3
Céau 16. Tim gi¢i han M =i 0\/1+4X 2\/1+6X :
X—> X
1
A. +oo B. —© C. § D.0
Huwéng dén gidi:
Chon D.
_ 3
Taco: M :Iirrg VaAx+1-(2x+1) i 0\/1+6x (2x+1) 0
X—> X X—>
Cau 17. Tim gi6i han N =lim VL+ax—YL+bx :
X—> X
A. 40 B. —o c.2_b p. 2.0
; m n m n
Huwoéng dan qgidi:
Chon C.
Taco: N =Ilim V1+ax- “1+bx ! 3—9
x—0 X an X m n
Cau 18. Tim gi6i han G = lim 1+ax¥l+bx—1
X—> X
A+ B. —o c. 2.k p. 2.0
; m n m n
Huwoéng dan qgidi:
Chon D.
Vl+ax(V1+bx -1 m/ _
Taco: G =lim ( )+Iim lvax-1 b a
x—0 X x—>0 X n m
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(1+mx)" —(1+nx)" :

X2

Cau 19. Timgidihan V = Iirr01

A. +o0 B. —© C.

Huwdéng dén qgidi:

mn(n—m)

Chon C.
Tacé V =lim @+ nx) —2(1+ mnx) _lim L+ mx) —2(1+ mnx) _ mn(n—m) .
x—0 X x—0 X
20 T gt g 55 (150
Cau 20. Tim gidi han K =lim — :
x—1 (l—X)
1
A. + B. —0 C. —
n!
Huéng ddn gidi:
Chon C.
1 1

Tacod: K=Iim

1 (LX) + Y% 1) (X +.41) Nl

Céu 21. Tim gidi han L =1Iim

x—0 X
A. 40 B. —o C. 2n
Huwong dan qidgi:
Chon C.
[(\/1+ x? +x) —1}[(\/& X2 +x) +l}
L:Iirrg - =2n
~ x(\/1+ X2 +x)
2
Cau 22. Tim giéi han A=lim X _2X*2 .
x—2 X° —8
1
A. 40 B. —o C. =
~ 4
Huwong dan qidgi:
Chon C.
Taco: A=lim (2x—12)(x—2) 1
-2 (X=2)(x“+2x+4) 4
4 2
Cau 23. Timgi6i han B =lim X *2 .,
x>l X +2X—-3
A. 40 B. —0 C. ——

Huwéng dén qgidi:
Chon C.

2 _ 2
Taco: B=Iim (x 1)§x 2) __2
- (X=1)(X"+x+3) 5

(o] (]

2

D.0

D.0

D.0

D.0

mn(n+m)
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V2Xx+3-3

Cau 24. Timgi6i han C =lim—— :
-3 x> —4x+3

A. +0 B. —0
Huwong dén gidi:
Chon C.
Tacd: C=lim 2(x=3) 1
=% (x-1)(x-3)(v/2x+3+3) 6
Cau 25. Tim gidi han D =lim———— Ux+1-1 .
o0 \[2x+1-1
A. + B. —0
Huwong dén gidi:
Chon C.
x(\/2x+l+l) 1
Tacéd: D=Iim =3

x>0 ZX[?/(X +1? +3x+1 +l}

ol

Wl

Cau 26. Tim gidi han F =i N
X—> X

A. +0 B. —©

Hudng dan gidi:
Chon C.
Pt y = 4(2x+1)(3x+1)(4x+1) = y —>1 khi x>0
va tim Y=L i X+ DEx+(4x+1) -1
x>0 X x—0 X
Do d6: F =lim y' -1 9
o0 X (Y YT y+1) n

=9

_3
Cau 27. Tim giéi han M =li m\/1+4X Y1+ 6 :
x>0 1-c0S3X

A. 4+ B. —©
Huwéng dén gidi:
Chon C.

_3 2
Tacod: M =lim V1+4X 2\/1+6X. X :2.3:
=0 X 1-cos3x 9
Cau 28. Tim gigi han N =lim YL+ax — Y1+ bx :
0 l+x-1
A. 4+ B. —©

Huwdéng dén qgidi:

S| ©

|

|

. Yx+)@Bx+1)(4x+1) -1

| 2(an—bm)

D.0

D.0

D.0

D.0

D.0
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Chon C.
Tact: N :"m(\/l+ax—1_\/l+bx—l). X :(E_EJIZZZ(an—bm).
X0 X X Jl+x-1 \m n mn

1+mx)" =(1+nx)"
Cau 29. Tim gici han V = lim CF™) ~(4m)7
-0 1+ 2x —31+3x

2(an—-bm
A. +o0 B. —© C. Q D. mn(n-m)
; mn
Huwong dan qgidi:
Chon D.
1+mx)" -1 m_ 2 -
Taco: V =Ilim L+ 2) _(1+nx2) ! X = mn(n —m) 2=mn(n—m).
x—0 X X \/1+ 2X —%/1+3X 2
) S (1) (1= ). (1-9)
Cau 30. Tim gidi han K =lim =l :
X1 (1_X2)“
1
A. + B. —© C. e D.0
n!
Huwong ddn gidi:
Chon C.
. 1 1
Taco: K=Ilim =—.
L V)@ X+ D) (x4 !
_3
Cau 31. Tim gi6i han A=lim ax+1-Y2x+1
X—> X
4
A. + B. —© C. § D.0
Huwéng ddn gidi:
Chon C.
»" — 4‘3' —
Taco: A= Iimﬂ—limM
x—0 X x—0 X
Ma: lim XXt A A
x>0 X x>0 x(\/4x+1+1) -0 J4x+1+1
. j2x+1-1 . 2X 2
lim =lim _c
=0 X x>0 x[?/(Zx +1)? +32x+1 +1J 3
Vay pA=2-2_%
3 3
Cau 32. Tim giéi han B = limY2X+2=3 .
=1 35X +3 -2
A. +0 B. —© C. i D. E
3 3 5
Huwong dan qgidi:
Chon D.
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4(x—1)[\3/(5x+3)2 +235x+3 +4J 4[«3/(5x+3)2 +235x+3 +4J
Taco: B=Iim =lim
X1 5(x —1)[\/4x+5 +3J Xl 5(\/4x+5 +3)

_2
-

4 3
Cau 33. Tim gigi han C = lim Y2x+3+32+3x

=1 {x+2-1

A. 4o B. —0 C. D.3

w| b

Huwdéng dén qgidi:

Chon D.
Y2x+3 - I3x+2+1
VX+2—

Tacod: C=lim

x—>-1

1 .
—lim
1 1 {yx+2-1
Y2(x+1)+1-1 J-3(x+1)+1-1 2
—lim X+1 lim X+1 _ 4 _1_3

1 Jx+D+1-1 =1 f(x+)+1-1 L 1

X+1 X+1 2 2

Cau 34. Tim gi6i han D = lim 2 X* < X+2 .
=2 X —3Y3x+2

A. 4o B. —o0 C. % D.1

Huwéng dén qgidi:

Chon D.
(x2 —x—Z)[x2 +X3/3X +2 +«3/(3X+2)2J [xz +X33X+2+3 (3x+2)2J
Taco: D=Iim =lim
X2 (x3—3x—2)(x+ x+2) X2 (x+1)(x+\/x+2)

J1+2x —¥1+3x .

2

=1.

Céau 35. Tim gidi han A=Ilim

x—0 X

A. 4o B. —0 C. D.0

N |-

Huwdéng dén qgidi:
Chon C.

Cach 1: Batt:\3/3x+1:>x:t— vax—>0at—1

3
3 3
/1+t 1—t /t +2—t
Néen A=lim—3 _ _glim 3
1

t-1 (t _ ] =1 (t—1)%(t° +t +1)*
3

t°-3t*+2
3
(t—1)%(t? +t+1)2( '[;:2 +t]

=3lim

t—>1
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_3lim (t-2)°(t+2)
- (t—1)%(t? +t+1)2( t3;2 +t]

=3lim ”23 :%.
(t2+t+1)2{ t+2 +t]
3
Cach 2: Ta co:

lim I1+3x - (1+ X)

x—0

\/1+ 2X — (1+ X)
4)0

X

—1 -3-X
=lim—————1lim

O VI+2X +1+ X 20 3(143x) + (L+ X)L+ 3x + (1+ X)?

Do d6: A:l

_3
Céau 36. Tim gidi han B = lim \/SJ;A'XZ {7 -+6x :
x>-1 X"+ X —-x-1

A. +o0 B. —© C.

w| b

Huwéng dén qgidi:
Chon D.

3
Taco: B=lim V5 +4x > Y7 +6x
x—>-1 (x+1) (x—l)
bat t = x+1. Khi do:

lim J5+4x — \/7+6x \/1+4 —31+6t
x—>—1 (X+l) taO t
\/1+4 (2t+1) lim Y1+6t —(2t+1)
an t—0 t2
—4 -8t-12
=lim——————1Iim

POVIHAt+2t+1 20 3/(1+6t)° + (2t + 1) (L+6t)* + (2t +1)°

Do d6: B=-1.

=2.
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DANG 3: TINH G101 HAN DANG VO PINH =
o0
Phwong phap:
L= lim % trong do6 P(x),Q(x) — o, dang nay ta con goi la dang vo dinhf.
X—>Fo0 o0

Vi P(x), Q(x) 14 cac da thirc hodc céc biéu thic chira can.

— Néu P(x), Q(x) 1a cac da thirc thi chia ca tir va mau cho Iuy thira cao nhét cua x.

— Néu P(x), Q(x) c6 chira can thi c6 thé chia ca tir va mau cho Iuy thira cao nhat cia x hoac nhan
lugng lién hop.

Tuong tu nhu cach khir dang vo dinh ¢ day sé. Ta can tim cach dua vé céc gidi han:

+ lim x* =+ ; lim x2* =400 (—0).
X—>+00 X—>+0
(X—>—0) (X—>-)

+ lim LH:O (n>0;k=0).
() X

4 1im £ (X) = 400 (—0) < lim—— =0 (k#0).
X—>Xo X—Xg f(X)

Cau 1. lim bang:

x>® 3X + 2

A. 0. B. 1. C.g. D. +o.
Huong din giii:
Chon A.
S

Cach 1: lim :limLzzo

X—>0 3x+ xaw3+7

X

Céch 2: BAm may tinh nhu sau: + CACL + x=10°va so dap an (voi may casio 570 VN Plus)

3X+2

Céch 3: Dung chuic lim caa may VNCALL 570ES Plus: lim va so dap an.
3X+2 9
x—10
4
Céu 2. Gi tri déng cua lim " fa;
X+ X +1
A. -1. B.1.. C. 7. D. 4.
Huwoéng dan qgidi:
Chon B
7
4 1+f4
lim X7 fim X -1,
X—+0 X +1 >(a+oo1+74
X
2
Cau 3. Tim gii han C = lim 2X=Y3X +2 .
> By +/x? +1
A. +0 B. —© C. % D.0
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Huwéng dén qgidi:

2

2—.13+ 5
Taco: C = lim X :2_\6

X—>+00 6
5+,/1+i2
X

2

cau 4. lim2X _21 bang:
X—00 3_ X
A -2. B -1 c. i D. 2.
; 3 3
Huong dan gidi:
Chon D.
1
2 2—-—
Cach 1: lim X =L _jim—=. _»
X—>00 3_X2 X—>0 3
?—1
. 2_1
Cach 2: Bam may tinh nhu sau: -~ + CACL + x=10° va so dap an.
—X
, . e _2x2 -1 . .
Céch 3: Dung chuic lim caa may VNCALL 570ES Plus: lim > va so dap an.
—X 9
X —10
A . x X2 +1 Z YV oan , .
Cau 5. Cho hamso f(x) =,/=————— . Chon ket qua dung cta lim f(x):
2X"+Xx°-3 X+
A. l. B. ﬁ C.0 D. +o
2 2
Huong dan gidi:
Chon C.
2
Cach1: lim \|——="1  _ jim =0
x40 | 2X*+ X5 =3 X—>+00
Cach 2: BAm may tinh nhu sau: \|————— + CACL + x=10° va so d4p 4n.
2X"+Xx° -3
, . T . x* +1 . o
Cach 3: Dung chte lim caa may VNCALL 570ES Plus: lim 3 va so dap an.
X'+ X —
X —10°
cau 6. lim —3%_ bang:
> 2% +3
A -2 5. Y2 c. 32 p. Y2
2 2 2 2
Huong dan gidi:
Chon A.
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1
—+3
Cach 1: |im%:|im X’ :_3‘45
2X°+3 _\/2+32
X
1+3x

Céch 2: Bam may tinh nhu sau: + CACL + x =-10° va so dap an.

V2x3+3

1+3x

Céch 3: Dung chuic lim caa may VNCALL 570ES Plus: lim——— va so dap an.
V2x® +3ly 5 _10°
3 4 6
Cau 7. Tim gi¢i han D = lim XX £X .
A. +oo B. —© C. % D.1

Huwéng dén qgidi:

x23/i6+i2+1
X
=1

Taco: D= lim - Xl
X2 /F+?+l

R . -1 . .

Cau 8. Cho hamso f (x)=(x+2) 4X—2 Chon két qua ding cua lim f (x):
X" +x°+1 X—>+00

A 0. B. % C. 1 D. Khéng ton tai.
Huwéng dén gidi:
Chon A.

. . x—1 .

lim f(x)=Ilim(x+2),/——— = lim
X—>+0 ( ) X%+oo( ) X4+X2 +1 x>+

/ 2
Céu 9. Iimx—mbéng:
o 2[x]-1
1
Huwéng dén gidi:
Chon A.
%13 X /1—£+i2 X 1—1+i2 1——+i

lim = lim XX = lim XX lim—2 =3

x—1 |X|—l x—1 2x-1 x—1 X(Z—lj x—1 (2_]
X X

. o A - x* +8x .

Cau 10. Chon ket qua dang trong céac ket qua sau cua lim — > la:
x>t X7+ 2X° + X+ 2
A -2 B. 2L, c. -4 p. 24
5 5 5 5

Huwoéng dan qgidi:
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Chon C.
4 4
lim —— %% thanh fim ——X 5%
x>+ X7 42X 4+ X+ 2 x>-2 %3 £ %2 £ X+ 2
i X8 X2 -2xed) L x(C-2xed)
x>2 X3 42X 4 X+ 2 xo2 (X+2)(X2 +1) om (X2+1)

Cau 12. Tim gigi han E = lim (vx* = x+1-X) :

A. +oo B. —0 C. —%
Huwong ddn gidi:
Taco: E=lim Lﬂ:—l
o e xilex 2
Cau 13, Tim giéi han F = lim X(VAxE +1-x)
A. +oo B. —0 C. %

Huwdéng dén qgidi:

Taco: F = lim x? (— /4+i2—ljz—oo
X—>—0 X

24

<

D.0

D.0

Cau 14. Chon két qua ding trong cac két qua sau caa lim (4X5 —3x% + X +1) la:

X—>—0

A. —0, B.0. C. 4.
Hwong dan gidi:
Chon A.
lim (4x5 -3x° +x+1) = lim x5(4—%+i4+i5j:—oo..
X—>—00 X—>—00 X X X

Cau 15. Chon két qua dung trong cac két qua sau caa lim Vx* —x® +x2 —x Ia:

X—>+0

A. —0. B.0. C. 1.
Huwoéna dan qidi:
Chon D.
lim /x* —x* + x2 —x = lim \/x4(1—£+i2_i3] — 4o0..
X0 X—>-+o0 X X X
Cau 16. Tim gi¢i han B = lim (X_«/Xz N X+1‘) :

A. +oo B. —© C. %

Huwdéng dén qgidi:

Taco: B=lim (x—|x| 1+£+i2]: lim x{1+ /1+£+i2]:—oo
X—>—®0 X X X—>—00 X X

Cau 17. Tim giéi han M = lim (VX* +3x +1—/x? = x +1) :

X—>Foo

A. +o0 B. —© C.

w| b

D.0

D. bép an khac
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Huwéng dén qgidi:

Taco: M = lim =
o0 [¥2 L3y 41 44/XE —x+1
Cau 18. Tim gi6i han N = lim (\3/8x3 1+ 2x —2x) :

X—>+00

4x 2 khi x— 40
-2 khi x> -0

A. 4o B. —0 C. D.0

w| b

Huwéng dén qgidi:

Tacod: N = Ilim 2x =0

= 3(8x° + 2X)? + 2xR/8x% + 2X + 4x?

Cau 19. Tim gi6i han H = lim ({‘/16x4+3x +1-+4x? +2) :

X—>+00

A. +oo B. —© C. % D.0
Huwong dén gidi:
4 2
Tach H = lim V16X* +3x+1—(4x° +2)
40 416X +3X+1+34x2 +2
_ lim 16x* +3x+1—(4x" +2)?
X ({‘/16x4 43X+ VA + 2)(\/16X4 +3X+1+4x + 2)

] —~16x*+3x-3
= lim
X ({‘/16x4 43X+ VA + 2)(\/16X4 +3X+1+4x + 2)
Suyra H =0.

X—>+0

Cau 20. Tim gigi han K = lim (\/x2 +1+UX2 - x —2x) :

A. 40 B. —© C. 5 D.0

Huéng ddn gidi:
Tacs: K = lim 2% = X+1+ 2 (x> +1)(x* = X)
el VX2 +14+4/%X% —x +2x
_ 4(x“—x3+x2—x)—(2x2+x—l)2
= lim
X (\/x2 +1+4/%% =X +2x)(2«/(x2 +D)(x* = X) +2x° + x—l)
_ 4(x“—x3+x2—x)—(2x2+x—l)2
= lim

= (Ve 1V - 2x) (206 + D0 - 1) + 2+ x-1)

) 83 +7x*=2x-1 1

o (\/x2 +1++/x2 = X +2x)(2\/(x2 +1)(X* = x) +2x° + x—l) 2

2
Céau 21. Tim gidi han A= lim o 2%+
x>+o 2X° +X+1
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A. +o0 B. —© C.

N | W

Huwdéng dén qgidi:

x2(3+§+i2) 3+§+i2

N X X*T X x> _
Tacor A=lim — oM
X +=+

X

3
2+=+) 2 2
X X

+
X

R . . X"+...+a .X+a
Cau 22. Tim gioi han B = lim -2 - o
x>0 X"+, + b, X+D0,

A. +o0 B. —o© C.

w| b

Huwéng dén qgidi:

a'n

a
X" (a, L . S
X

Xn—l Xn
b,, b
xm(b0+t:(1+...+X2;_11+X2;)
21

a
Q+—++..+2t4

, ) n-1 n
*Néum=n= B = lim X X &

X—>+o0 bl

b
by +—2+..+-02 4
X X

)
Tacod: B=lim

X—>+00

=0

*Néu m>n=B=lim b 5 P—=
R (e e )
X X X

X—>+0

(Vitt—>a,, mau—0).
*Néu m<n

a

- a a
"M@y L4+ )
X X X _{

+o0 khi a,b, >0
—oo khi agh, <0

n-1
= B=Ilim =
X—>+00 b b
b0+g+...+m—‘1+—m
X X X

m-1 m
. o 33 12X x+1
Cau 23. Tim gigi han A= lim :
X—>—00 4/4X4+2

A. +o0 B. —o© C. -

Huéng ddn gidi:
x§/3+1+x\/2+1+1
Taco: A= lim X ¢ B2

X—>—00 4 4+£4 \/E
V X

2
Cau 24. Tim gi¢i han B = lim XX FL=2x+1

= (agh, #0) :

3442

D.0

D. bép an khac

D.0
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A. +oo B. —©
Huwéng dén gidi:
X% ( 1+i2_§+i2) x( 1+%—g+%)
B — Iim X x X7 _ X2 X X
o x(32—%+£) 32—£3+E
X X Vo X x
(do tir — +oo, mau— ¥/2).
3 4
Cau 25.Tim giéi han A= lim XD (X2,
X—>+0 (3_2)()
A. 400 B. —©
Huwéng dén gidi:
3 4
(2+1] (1+2j 1
A= lim~—*/ % X ==
37
X
4x% —3X+4 —

Cau 26. Tim gigi han B = lim

X—>—0

B.

X2+ x+1-

A. +0 —0

Huwdéng dén qgidi:

PR
B=lim X X _9
X—>—0 l l
—‘/1+—+—2—x
X X

Cau 27. Tim gidi han C = lim

B.

A. +0 —0

Huwéng dén qgidi:

/ 2
i 2+ 3+?:2+\/§
X—>+00 1 4
S— 1+
X

Cau 28. Tim gidi han D = lim

X—>—©

JM+xt+x8
V1+x3+x*
—00

A. 400 B.

Huwéng dén qgidi:

X

2X+/3x2+2

2%

c 2 D.0
3
+00
c. -t D.0
16
C.2 D.0
C. 2443 D. 0
4
c 2 D. -1
3
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D: ||m %:—1
—,/1+—+—4
X X

Cau 29. Tim gigi han A= lim (\/x2 +x+1-32x3 +x—1) :

X—>+00

A. +o0 B. - C. % D.0
Huwéng dén gidi:
Taco: A= lim (|x| /1+1+i2_x3f2+i2_i3]

= lim x(\/l+l+i2—§/2+i2—i3):_oo
Cau 30.Tim gii han C = lim (\/4x2 + x+1—2x) :

1

A. +o0 B. —oo c.- D.0
Huwéng dén gidi:
Taco: C = lim Al — lim X = lim X -

Xoto 102 X400 X—>+00 _E.
AX"+x+1+2x K /4+1+i2+2x \/4+1+12+2
X X X X

Cau 31. Tim gigi han D = lim (§/x3 + X2 +1++/x2 +x+1) :

A. + B. —0 C. —% D.0
Huéng ddn gidi:
Ta co:
D = lim (\3/x3+x2+1—x)+ lim (\/x2+x+1+x): M +N
2
M = lim X+l 1
2 0+ +1)2 +xAXC + X2 +1+x% 3
1
1+-
X“+X+1-X _\/1++2_1
X X
Do d(’):B:l—E:—l.
3 2 6
Cau 32. Tim gigi han A= lim (\/x2+x+1—2\/x2—x+x) :
3
A. +© B. —0 C. > D.0

Huwdéng dén qgidi:
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(\/x2 +x+1+x)2 —4(x* = X)

U+ X414+ 20X =X + X

Taco: VX2 +Xx+1—-2Ux* =X+ X =

_ 2XVX? + X+1+145x 2%
X4 X414 2% — X + X

2
2x(\/x +x+1—x) N 1+5x

:x/x2+x+1+2\/x2—x+x X2+ X+14+ 20X =X + X

3 2X(x +1) N

(x/x2+x+1+2\/x2—x+x)(\/x2+x+1+x)

1+5x

+ .
U+ X+1+ 20X =X +x

2+g
Do d6: A= lim X

+
[\/1+1+12+2\/1—1+1]( 1+1+12+1]
X X X X X

1+5

+ lim X =

o \/1+1+1 +2\/1—1 +1

X X X

+

N|lon
N | w

S

Cau 33.Tim gii han B = lim x(v/x2 +2X = 2¢X2 + X +X)

A. 4o B. —0 C. 1 D.0

4

Huwdéng dén qgidi:

2X% 4+ 2X + 2X X2 + 2X —4X® — 4X
U +2X + 2052 + X + X

Taco: VX2 +2x—20X2 + X+ X =

oy VX2 +2x —x-1
X2+ 2% + 20X + X + X
B —2X
(VX2 42X + 2457 + X + X)(VX2 + 2X + X +1)
-2x°
Nén B = lim
i (X2 4 2% + 24%2 + X + X)X +2X + X +1)

) -2 1
= lim —_=

X—>+00 4
(\/1+2 + 2\/1+1 +1)( 1+g +1+ 1)
X X X X

n
X" +..+a, Xx+a,

Cau 34. Timgiéi han A= lim , (agb, #0) :
. ' x>+ X" 4. +b,  X+b, (@0, # 0)
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W

A. +o0 B. —© C.

Huéng ddn gidi:
a
x”(a0+i+...+ L+
X X

L)

n

Taco: A= lim b, ; g
X—>+00
X"(by + 2+, + L4
X X X
a a
a0+i+...+%+—2 a,
e Néum=n=B=lim X XX 2,
H+Oobo+g+...+m—‘1 b, b,
X x™ X"
a a
a0+i+...+ s
X X X ~0

e Nlum>n=B-=lim b . =
X—>+00 _
X", + 2+ A+ )
X X X

(Vite »>a,, mau —0).

n-m a1 an—1 a'n
, o X @ et D) (oo khi gy > 0
e Néu m<n,taco:B=Ilim b, b 5 = Khi a.b
o b, +2+..+ 02240 —oo Khi agh, <0
X X"t x
2 3av3 | v _
Cau 35. Tim gi¢i han B = lim VX X+ Y8 +x -1
X—>+o0 m
A. + B. —© C. % D. 4
Huwéng dén gidi:
|x|\/4+1+x.§/8+12—13 \/4+1+38+12—13
Tacd:B=lim X 3 LS S T X 3X X -4
X| 41+ — 414+ —
X3+ i
25, 33
Cau 36. Tim gi¢i han C = lim VA 243641
e G
A. + B. —© C. g D.0
Huwéng dén gidi:
1 2 1
X| [4—— + (X[ 31+~ —|4—— —31+=
-2+l fipe)
2

3
Taco: C = lim X - X_— lim
|x| 1+ —X —[ /1+12+1]
X X
XVX2+1+2X+1

Cau 37. Timgigi han D = lim :
> Y2xE+ X +1+X

D. bép an khac

Trang
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A. +o0 B. —© C. %

Huwéng dén qgidi:

Tacd:D = lim

2 x* x% x

A r r - 2
Cau 38. Chon ket qua diing trong céc ket qua sau cua lim x? cos

A. Khong ton tai. B.O. C. 1.
Huwong dan gidi:
Chon B.
, 2 , 2 )
Cach 1;: 0<|cos—|<1< 0<|x cos—| < X
nx nx

<y . 2
Ma limx? =0 nén limx?cos— =0
x—0 x—0 nx

D.0

Céch 2: BAm may tinh nhu sau: Chuyén qua ché d6 Rad + x? cos-2 + CACL + x=10" +n=10 v

SO
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DANG 4: GIGI HAN MQ BEN VA CAC DANG VO PINH KHAC

Phwong phap:
1. Giéi han mét bén : Ap dung dinh ly gigi han ciia mot tich va mat thuong..
2. Dang © —o: Gi¢i han nay thuwong cé chira cin
Ta thuong sir dung phuong phap nhan luong lién hop cia tir va mau, Sau d6 tim cach bién d6i dua

X 0
ve dang —.
o0

3. Dang 0.c0:
Ta ciing thuong sir dung cac phuong phap nhu cac dang & trén.

. . (1 2
Cau 1. Chon két qua dung cua lim (———j:

x—0" X2 X3

A. —0. B.O. C. +o0. D. Khéng ton tai.
Huwéng ddn gidi:
Chon C.

lim( L2 )= jim [ *=2
x—0" )(2 )(3 _XAO’ )(3

Iim(x—2):—2<0

x—0"

Khi x>0 =>x<0=x*<0

Vay lim (X—_Szj =+00,

x—=0" X

I =x?

Cau 2. lim ——=—bang:
x> \[X=1+1-X :
A. 1. B.O. C. 1. D. +x.
Huwoéng dan qidi:
Chon C.
2
P St ST o e I ) ST S
x—1" \/X—l+l—X Xal*m_\/(x_l)Z x—1" /X_l(l_ /X—l) x—1" (1_ X—l)
2
Céu 3. Iimxz—mbz‘ing:
x—1" X° —
A. —0. _ B. -1. C.1. D. +oo.
Huwoéng dan qidi:
Chon D.
2
IimX—X+1:+oovi lim(x*=x+1)=1>0va lim(x*-1)=0:x*-1>0.
2
-1t x° =1 x—-1t x—-1t
. o |x=3
Cau 4. Gia tri dung caa lim——
x>3 X —3
A. Khong ton tai. B. 0. C. 1. D. +o0.
Huwong dan qidi:
Chon A.
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X—3 -
|in1| |:Iirr1X 31 ki g
o X=3 o X-3 = lim # lim
) |X—3| . —x+3 x>3" X—3  x53 X—23
lim =lim =-1
x—3" X—3 x—3" X—3
Vay khong ton tai giéi han trén.
Cau 5. Tim giéi han A= lim (\/x2 —x+1—x) :
1
A. +oo B. —© C. _E D.0
Huwéng dén gidi:
Chon C.
2 2
Taco: A lim (VX2 =X +1-X)(vX* =X+1+X)
X VXP=x+1+x
—X+1-x? —X+1 l
H+""x/x —X+1+X H+""\/x _x+lex 2
Cau 6. Tim gidi han B = lim (2x+\/4x2 —x+1) :
A. +oo B. —© C. % D.0
Huwéng dén gidi:
Chon C.
lim (2X =VAX* =X +1)(2x +V4x* —=x+1) lim X+1 1
X 2X—V4x* —x+1 o ox—JAxE—x+1 4
.z 1
Cau 7. Cho hamso f(x) = ( ):
x°=1 X- x—1*
A. —0, B. —g. C.g. D. +o0.
) 3 3
Huwoéng dan qidi:
Chon A.
. . [=x*=x
i 1 00= |
. 2 _
(1) -2
Khi x>1" =x>1=x>-1>0
Va .
By lm (1) ==
Cau 8. Tim gidi han C = lim [Q/(x+a1)(x+a2)...(x+an) -X] :
A 1o B. oo cC a+a,+.+a, D. a+a,+.+a,
~ n 2n
Huwoéng dan qidi:
Chon C.
Pt y =4/(x—a)(x-a,)...(x-a,)
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yn _Xn
Yy XX

=Sy =X"=(y )" HY" X+ A X)) Dy - X =

n n
. . —X
= lim(y-x) = lim — X_z —
X0 x>0 Y4 yTTEX L X
yn_Xn
n-1
=C=lim —% — .
x>0 YL YT+ X
Xn—l
n n
- - X . b, b b
Ma lim 2 =lim(a,+a, +..+a +2+=+..+—2)
x>t0 YL X—>+0 2 " ox 2 ¥t
=a +a,+..+a,.
k ,n-1-k n-1 n-2 n-1
; X . + X+..+X
I|my :1vk:0,...,n—1:>llmy y =n.
x>to YL X> 00 X
. +a,+..+a
VayC:ai 2 n

n
Cau 9. Tim gigi han A= lim (vx* —x+1-X) :

A. +oo B. —0 C. —% D.0
Huéng ddn gidi:
Chon C.
A lim——x+tt 1

o X2 —x+1+x 2

Cau 10. Tim gigi han B = lim x(v/4x* +1-X) :

A. +oo B. —0 C. % D.0
Huéng dén gidi:
Chon B.
Cau 11. Tim giéi han C = lim (VX2 = x+1—/x2 + x+1) :

A. +oo B. —0 C. % D. bép an khac
Huéng ddn gidi:
Chon D.
lim (\/XZ—X+1—\/X2+X+1): lim —2X =-1
Xt o X2 x4 14X+ x+1
lim (\/XZ—X+1—\/X2+X+1): lim —2X =1.
x> o X2 - X+ 1+ X+ X +1

CAu 12. Tim gigi han D = lim (}/8x® +2x - 2x) :

X—>+0

A. +oo B. —0 C. D.0

N

Huwéng dén qgidi:
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Chon D.
D = lim 2x ~0

> 3(8x° + 2X)% + 2x3(8X° + 2X) +4x° -

Cau 13. Tim gi6i han E = lim (416x* +3x +1—v4x2 +2) :

A. 4o B. —o C. % D. 0
Huwéng dén qgidi:
Chon D.
E = lim (\4/16x4 +3x+1—2x)+ lim (\/4x2 +2 —2x):0
Cau 14. Tim gigi han F = lim (x—31-x°) :
A. 4o B. —o C. % D. 0

Huwéng dén qgidi:
Chon D.
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DANG 5 : GIOI HAN LUONG GIAC

Phwong phap:

Ta sir dung cac cong thire lwong giac bién doi vé cac dang sau:
. sinx
e lim

. . nx ., X
= lim— :1,tfrdéysuyrallmta—zllm—:l.
x>0 X x>0 Sin X x=0 X x=0 fan X
L . sinu(x . nu(x
e Neéu Ilmu(x):0:>llmS u( ):1 valim tanu( ):
X—%g X—Xg U(X) X—>Xo U(X)
Cau 1. Tim giéi han A= Iingﬂ :
X— X
a
A. 40 B. —o C. > D.0
Huwong ddn gidi:
Chon C.
2
2sin2 & sin X a
Taco:A=Ilim —==—Ilim —.
x—0 X 2 x>0 % 2
2
Cau 2. Tim gici han A = |jmirSinMX=cosmx
x=>0 1+ SIn NX —CoS NX
A. 40 B. —o c.m D.0
n
Huwong ddn gidi:
Chon C.
2in? mx 2sin mx mx
. 1l+sinmx—cosmx < 57 SIn— 05—~
Taco: i N nx nXx  nx
1+sinnx—cos nx Zsin2?+25in—cos—
. mx nx . mx mx
sin— — sin—+Cc0S—
m 2
np o mXx . nx . nx nx
— sin— sin—+C0s—
2 2 2
. mXx nx . mX mx
sin— — sin—-+cos—-
A=—lim—2_ lim—2— lim—2 2 _ 7,
n x>0 MmMX x-0 nX x-o0 . NX nx n
— in— sin— +Cc0S—
2 2
R . . 1-—CO0s X.cos 2x. X
Cau 3. Tim gidi han B:I|rrg cos Co‘:’ cos3 :
X—> X
A. 40 B. —o C.3 D.0
Huwong dan qgidi:
Chon C.
Ta co:
1-cosx.c0s2X.cos3X _ 1—Cos X + C0s X €0s 2X(1—cos 3x) + cos X(1— cos 2x)
x? X2
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1 COS X 1-cos3x 1-cos2x
+ COS X. cost—2+cosx—2
NG X X
. l-cosx .. 1-cos3x . 1-cos2x
B =Ilim +limcos x.cos 2X—————+1limcos Xx————=3
x—0 X x—0 X2 x—0 X2
Cau 4.Tim giéi han A= lim1=%82X .
x—0 . 3X
2sin—
2
A. +o B. —© C.1 D.0
Huwéng dén gidi:
Chon D.
sin 3x
. . sin’ X SinX,, )
Taco: A=lim —_— —I =0.
x—0 . % an ( ) an 37X
2

Cau 5. Tim gigi han B =lim €08 2X — C0s 3
=0 X(sin3X —sin4x)

A. 4o B. —0 C. g D.0

Huwéng dén qgidi:
Chon C.

. bx . X 5x
_ 2sin—sin — _ sm7 _ 5
B =lim 7X . X :_lem(z' 5x ) IM—x T
—2XC0S—SIn — — COS—
2 2 2 2

Cau 6. Tim giéi han C =lim——— tan® 2x

01— Ycos2x
A. 40 B. —o0 C.6 D.0
Huéng dén gidi:

Chon C.
C —lim tan® 2x _lim tan? 2x(1+3/cos 2x +/cos® 2x)

x-01—3/cos2x  x—0 1-cos2x

_lim tan? 2x(1+3/cos 2x +/cos® 2x)

x—0 25in2 X
= 2Iirr01(tan 2)()2.(_L)2(1+ 3/cos2x +3/cos? 2x).
x> sin x

2X
=C=6.

2

Cau 7. Tim gi6i han D =lim

x>0 \[1+4 XSin3X —Cos2X

A. +o0 B. —© C.

D.0

N |~

Huwéng dén qgidi:
Chon C.
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] 1
Taco: D=Ilim
x>0 /1 + Xxsin 3X —COS 2X

2

X
<o N1+xsin3x—cos2x . +1+xsin3x-1 . 1-c0s2x
Ma: lim 5 =lim > +lim————
x—0 X x—0 X x—0 X
= 3lim 3% ! y+2=L.
0" 3X 1+ xsin3x +1 2
7
Vay: D =—.
ay >
Cau 8.Tim giéi han A=lim. 3NTX).
x>1 sin(zx")
A. +o0 B. —o c. L D.0
; m
Hwong dan gidi:
Chon C.
A:IimS'_n”(l_x ):"msmﬂ(l—x ).Iim -ﬂ(l—X) i 1-x
-isinz(l-x") 1t g@-x") tsing@-x") x»t1-x"
n n-1 n-2
:Iiml X _im (@—x)(x _1+x _2+...+1) :ﬂ.
>11-xX" =l (L-X) (X" + X"+ 41D m
Cau 9. Tim gi6i han B = Iim(%—x) tanx :
»»E
5
A. + B. —o C. 2 D.1
Huéng ddn gidi:
Chon D.
T
T sin x 5
Tacc’):B:Iim(E—x) :IimT.limsinx:l.
2
Cau 10. Tim gidi han C = Iirrg X“ sinl (a>0):
X—> X
5
A. +© B. —o C. > D.0
Huéng ddn gidi:
Chon D.
Taco:0<| x” sin£|< x*. Ma Iirrg x* =0
X X—>
Nén theo nguyén li kep= A, =0.
Cau 11.Tim gi¢i han D = lim (sinvx+1—sin+/x) :
A. +© B. —o C. g D.0
Huéng ddn gidi:
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Chon D.
Trudc hétta co: sinx<x Vx>0
Ta co: ‘sin\/x+1—sin\/;‘: 2sin 'X+l_\/;.cos 'X+1+\/;| < 1
2 2 ‘ Ix+1+x
] 1
Ma lim ————=0 nénD=0.
e X +1++/x
Cau 12. Tim gisi han A= lim S083X=C084x .
x>0 COS5X — COSB6X
A. +0 B. —© C. 1 D.0
) 11
Huwong dan gidi:
Chon C.
. IX . X
sin-“sin_
Taco:A=lim—2 2 =L
x-0 . 11X . X 11
sin——=sin—
2 2
_3 i
Cau 13, Tim giéi han B = lim =V 28IN2X
x—0 sin 3x
A. +0 B. —© C. —g D.0
Huwéng dén gidi:
Chon C.
Tacod B=Ilim —2sin2x __4
% sin 3x(1+\3/1+ 2sin 2x + 3(1+ 2sin 2x)2) 9
. ) sin? 2x
Cau 14.Tim gigi han C =lim :
x>0 3/cos x —/cos x
A. +oo B. —© C. -96 D.0
Hwong dan gidi:
Chon C.
sin? 2x
2
Tacéd: C =lim X =06
x>0 3/cosx —1 1—4/cosx
NG " NG
P4
Cau 15.Tim gii han D = lim 30 2% -
x-0 §jn” 3X
A. +0 B. —© C. E D.0
81

Huwéng dén qgidi:
Chon C.

1—sin(£cos X)

Cau 16.Tim gigi han E = lim——
x>0 sin(tan x)
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A. +oo B. —© C. g D.0
Huwénd ddn gidi:
Chon D.
1—sin(”cos x]
2
E =lim _ fan X _
ol sin(tan x) 0
tan x
Cau 17. Tim gii han F = lim SSIMX+2€0SX .
o Jx+1+x
A. 400 B. —© C. g D.0
Huwéndg ddn gidi:
Chon D.
3sinx+2cos x| 1 .
Tacé:0£| < — 0 khi x > +o
\/x+1+\/; \/x+1+\/;
Vay F =0.
Cau 18. Tim gigi han H = lim Yeos x ;*/COSbX :
x>0 sin® x
A. 4+ B. —o c.o_2a D.0
3 2n 2m
Huwoéng dan qidi:
Chon C.
Ycosax —1 1-</cosbx
, . X2 + X2 b a
Taco: H =lim — =———
X0 sin“ X 2n  2m
X2
Cau 19.Tim giéi han M :Iingl_— OO
X—> X
a
A. +oo B. —© C. — D.0
~ 2n
Huwoéng dan qidi:
Chon C.
1-cosax
Taco: 1-Ycosax =
1+¥cosax + (Ycosax)? +...+ (Ycosax)"*
= M = lim =% iy 1 _al_a
=0 x* o014 8cosax +(Ycosax)? +...+ (Yeosax)™t  2'n 2n’
Cau 20.Tim gici han A= lim S2S3X=C0S4X .
x=0 COS5X — COS6 X
A. +oo B. —© C. 1 D.0
i 11
Huwoéng dan qidi:
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Chon C.

. IX . X
sin—-sin_ 5
Ta co: A:Iim—zz—
x>0 . 11X X 11

sin=—sin —
2 2
_3 i
Cau 21.Tim giéi han B = lim =32+ 28IN2X
x—0 Sin3x
A. +0 B. —© C. —g D.0
Huwéng dén gidi:
Chon C.
Tacod B =lim —2sin2x __4
H°sin3x(1+\3/1+ 2sin 2x + 3(1+ 2sin 2x)2) 9
. ) sin? 2x
Cau 22. Tim gidi han C =lim :
x>0 3/cos x —/cos x
A. +oo B. —© C. -96 D.0
Huwong dan qidi:
Chon C.
sin? 2x
2
Tacd: C =lim X =06
x>0 3cosx -1 1—4/cosx
2 + 2
X X
o4
Cau 23. Tim gi6i han D = lim > 2% -
x-05in" 3X
A. +0 B. —© C. E D.0
) 81
Huwong dan qidi:
Chon C.
. 4 4
Taco: D=Ilim sin 2x . _3X E:E
x=0{  2X sin3x ) 81 81
1—sin(£cos X)
Cau 24. Tim gidi han E =lim—— '
x>0 sin(tan x)
A. +o0 B. —© C.1 D.0
Huwong dan qidi:
Chon D.

1—sin(”cos x]
2

Taco: E = lim—anX__ gy jjm SINNX) .
x>0 sin(tan x) x>0 tan X
tan x
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. . X
msin® =
. . 2sin? 2
1-sin| —-cos x 1-cos| —(1-cosXx)
. 2 . 2 .
lim =lim =lim
x=0 tan x x—=0 tan x x—0 tan x
ﬂ'Sinzl
sin? 2
sin? X
=" lim T 2 X o
4 x— ﬂSinzf (7)2 tan X
2 2
2
Do d@6: E=0.
Cau 25.Tim giéi han F = lim S5 X+2C0SX .
o Jx+1+/x
A. 400 B. —© C. g D.0
Huwéng dén gidi:
Chon D.
3sinx+2cos x| 1 .
Tacé:0£| < — 0 khi x > +o
\/x+1+\/; \/x+1+\/;
Vay F =0.
3 —
Cau 26. Tim gioi han M = lim L+ 3x-Jle2x
x>0 1-cos2x
A. 40 B. —© C. —% D.0
Huwéng dén gidi:
Chon C.
YPx+1-+2x+1 1
. _=
Tacd: M =lim X _2_ 1
X—0 1-cos2x 2 4
X2
H 2
cau 27. lim 3X 53|n22x+cos X bing
X—>+00 X+ 2
A. —o0. B.O. C. 3. D. +o.
Huwoéng dan qgidi:
Chon B.
. 3x-5sin2x+cos’x .. 3x . 5sin2x . cos’Xx
lim 5 = lim — - lim — + lim —
X—>+00 X+ 2 X0 X5 42 xoto XS4 2 x>+ X 4+ 2
3
A =lim—>__ lim —%-~0
N ¢ +2 X%+wl+—2
X
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. -5 . Bsin2x .. 5

lim ———=0<A, = lim —; <lim —-—=0=A,=0
X+ X +2 X—>+0 X +2 X—>+0 X +2

2

. . COS” X 1

lim — =0<A = lim — < lim — =0=A,=0
X+ X 4 2 X—>+0 X< 4 2 X—+0 X© 4 2

.. 3x—5sin2x+cos® x
Vay lim > =0.

X—>+00 X +2
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HAM SO LIEN TUC

A-LY THUYET VA PHUONG PHAP

1. Ham s6 lién tuc tai mdt diém: y = f(x) lién tuc tai xo < lim f(X) = f(x;)
X—>Xo

e Dé xét tinh lién tuc cua ham sb y = f(x) tai diém xo ta thuc hién cac budc:
B1: Tinh f(xo).
B2: Tinh lim f (X) (trong nhiéu truong hop ta can tinh lim f(X), lim f(x))
X—=>Xg X—>Xo" X=Xy

B3: Sosanh lim f(X) véi f(xo) va rit ra két luan.
X—>Xo

2. Ham S(':i lién tuc trén mot khoang: y = f(x) lién tuc tai moi diém thudc khoang do.
3. Ham so lién tuc trén mgt doan [a; b]: y = f(X) lién tuc trén (a; b) va

lim £ (0= f(a), lim ()= f(b)

o Ham s6 da thirc lién tuc trén R.
 Ham sé phan thire, cac ham sé luong giac lién tuc trén timg khodng xac dinh cla ching.
Gia stry = f(x), y = g(x) lién tuc tai diém xo. Khi d6:
e Cacham sé y = f(x) + g(x), y = f(x) — g(x), y = f(x).g(x) lién tuc tai xo.
. f(x .
eHamsoy= L lién tuc tai xo N€u g(xo) # 0.
9(x)
4. Néu y = f(x) lién tuc trén [a; b] va f(a). f(b)< 0 thi ton tai it nhat mdt sé ¢ € (a; b): f(c) = 0.
Noi cach khéc: Néu y = f(x) lién tuc trén [a; b] va f(a). f(b)< 0 thi phuong trinh f(x) = 0 ¢6 it nhat mot nghiém ce (a; b).
Mé rong: Néu y = f(x) lién tuc trén [a; b]. Pit m = r[nibr]1 f(x), M= rpag( f(X). Khi d6 voi moi T e (m; M) luén tén
a; a;

tai it nhat mot s6 ¢ € (a; b): f(c) = T.

B - BAI TAP ) S g
DANG 1: TINH LIEN TUC CUA HAM SO TAI MOT PIEM

Phuong phap:
e Tim gic¢i han ciia hamsé y = f (x) khi X — X, vatinh f(x,)
e Néu ton tai lim f(X) thitasosanh lim f(x) voi f(x,).
X—>Xp

X—)XO
Chuay:
1. Néu ham sé lién tuc tai X, thi trusc hét ham sb phai xac dinh tai diém do

2. lim f(x) =1 < lim f(x) = lim f(x)=1.

f(x) khix=Xx,
k  khix=x,
f,(x) khi x>x,
f,(x) khi x<x,

lim f,(x) = lim f,(x) = f,(x,).

3.Hém56y:{ lién tyc tai X=X, < lim f(x) =k.
X=Xy

4. Hamsé f(x) :{ lién tuc tai diém X = X, khi va chi khi

|chay:
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f(x) khix=Xx,

_ lién tuc tai X = X, khi va chi khi
k  khix=x,

e Ham s y:{

lim f(x)=k.

X—=>Xo

f(x) khix>Xx,
g(x) khix<x,
lim f(x)=lim g(x).

.
X=X

e Ham s y:{ lién tuc tai X = X, khi va chi khi

x> -1

X+1
A. 3. B. —/3. C. +4/3. D. +3

Huwéng dén gidi:

Chon C

Ham s lién tuc tai x=2 < lim f (x)= f (2).

X—2

Cau 1. Chohamsé f(x)= va f(2)=m’—-2voi x#2. Gidtrjcha mdé f (x) lién tuc tai x=21a:

x? -1

Tacd lim =lim(x-1)=1.
=2 X+1 x—2

m=+3
me—J3

Cau 2. Cho hamsé f(x)= X2 —4 . Chon cau diing trong cAc cAu sau:
() f(x)lién tuc tai x=2.
(D)} f(X)gién doantai x=2.
(1 f(X)Iién tuc trén doan [—2;2].
A.Chi (1)va (). B.Chi(1). C. Chi (11). D. Chi (Il)va
(1)
Huwong dan qgidi:
Chon B.
Ta co: D =(—0;-2]U[2;+00).
lim £ (x)=lim/x* -4 =0.
f(2)=0.
Vay ham sb lién tuc tai x=2.

ﬁ X#3;, X#2
Cau3.Chohamsé f (x)=5Vx*-x+6 ’ .Timb @& f(x)lién tuc tai x=3.

Vay m*-2=1«<

b+\/§ x=3belR
A /3. B. —/3. C. ¥ D. —¥.
Huwdéng dén qgidi:
Chon D.

Ham s lién tuc tai x=3< lim f (x) = f(3).

X—3
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/ x*+1 \/7
HS X —X+6

b+\/—
Vay: b++/3= \/7<:>b—

Cau 4. Cho hamsé f (x)=

V3+—
T
Jx-1
x-1
(I) f(X)giéndoan tai x=1.
(1) f(x)lién tuc tai x =1.
1

(1) lim £ (x) =2

x—1
A. Chi (1). B. Chi(l). C. Chi (1)va (1Il). D. Chi (Il)va
().
Huwong ddn gidi:
Chon C.
D=R\{l}
jim VL1
x>l x=1 -1 /X +1 2
Ham s6 khong xéac dinh tai x =1. Nén ham s6 gian doan tai x =1..

. Tim khing dinh diing trong cac khing dinh sau:

V2X+8-2
A . g —_— X>-2 _. . ) , : .
Caus.Chohamsé f(x)=< /x+2 . Tim khing dinh diing trong c4c khing dinh sau:
0 X=-2
(I)Xllr_r;f(x)zo.
(1) f(x)lién tyc tai x =-2.
(III) f(X)giéndoan tai X =-2.
A. Chi (I)va (11). B. Chi (1)va (11). C.Chi (1). D. Chi (1)
Huwéng ddn gidi:
Chon B.
\/2X+8 2 2X+8-4 . 2 X+ 2

= lim = lim ————=0.

S Cxx2 o (Vox+8+2)/x+2 H—T(M+2)

Vay lim f(x)=f(-2)nénhamso lién tuc tai x=-2..

x—>-2"
Jad—x? —2<x<?2

1 X>2
(I) f(X)khéng xac dinh tai x =3.
(1) f(x)lién tyc tai x =-2.

() lim f (x)=2

X—2

Cau6. Chohamsé f(x)= { . Tim khang dinh diing trong cac khing dinh sau:.
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A. Chi (1). B. Chi (1)va (II).

C. Chi (1)va (1ll). D.Ca (1); (11); (1) déu sai.
Huéng dén gidi:
Chon B.
D=[-2; 2]

f (X)khéng xac dinh tai x =3.
lim+4-x*=0; f(-2)=0.Vay ham so lién tuc tai x=-2.

X—>-2
lim f(x)=limv4—x*=0; lim f (x)=1. Vay khong ton tai gii han ciia ham sb khi x — 2..
X—2~ X—2~ x—2*
sin5x <20
Cau 7. Chohamsé f(x)=< 5x .Tim adé f (x)lién tuc tai x =0.
a+2 x=0
A. 1. B. -1. C. 2. D. 2.
Huwoéng dan qgidi:
Chon B.
Ta co: Iimsm5x:1; f(0)=a+2.
qx%O 5?(
Vay dé ham so6 lién tuc tai x=0thi a+2=1<a=-1.
(x+1)2 x>1
Cau 8.Cho ham s f(X): x*+3 ,x<1.Timk dé f(X) gian doan tai x=1.
k?  x=1
A k=12, B. k#2. C.kz#-2. D. k #+1.
Huwéng dén gidi:
Chon A.
TXD: D=R.

Veoi x=1taco f(1)=k?

Vi x#1 tacé

- i 2 _ o T 2_ - _
lim f (x)_llm(x +3)_4, lim f (x)=lim(x+1)" =4 suyra IXILrll f(x)=4.

x—1" x—>1" x—1* x—1*
Vay dé ham sé gian doan tai x =1khi Iirrll f(x)=k? ok =24 < k=12,
Jx-2 khi x =4
Cau 9.Cho hamsé f(x)={ X -4 . Khing dinh nao sau ddy dang nht
1 .
— khi x=4
4

A. Ham s lién tuc tai x =4
B. Ham sé lién tuc tai moi diém trén tap xac dinh nhung gian doan tai Xx=4
C. Ham sb khong lién tuc tai x =4
D. Tat ca déu sai
Huwéng dén gidi:

Chon C.
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1

Taco: lim 100 = lim =2 _ i S
x—4 x>4 X —4 x=>4 /X 4+ 2 4

Ham sé lién tuc tai diém x=4.

2
x? —3x .
A s X _3x+2 +2+2 khix>1 | )
Cau 10. Chohamso f(x) = x-1 . Khang dinh nao sau day dung nhat

3x*+x-1 khix<1

A. Ham sé lién tuc tai x=1
B. Ham sé lién tuc tai moi diém
C. Ham s6 khong lién tuc tai x =1
D. Tat ca déu sai
Huwéng dén gidi:

Chon C.

. - [ (x-D(x-2) }

lim f(x) = lim| >—22_2 12 |=2
x—1* () xa1*|: 4/)(_1

lim f (x) = lim (3% + x—-1) =3 lim f(x)
x—1" x—1" x—1"

Ham sé khong lién tuc tai Xx=1.
) "y cos™  khi [x<1
Cau 11. Chohams6 3. f(x)= 2
Ix=1]  khi |x|>1
A. Ham sé lién tuc tai tai x=1va x=-1.
B. Ham s6 lién tuc tai X =1, khong lién tyc tai diém x=—1.
C. Ham s6 khong lién tuc tai tai x=1va x=-1.
D. T4t ca déu sai
Huwéng ddn gidi:
Chon B.
Ham sé lién tuc tai X =1, khong lién tuc tai diém x=—1.

N2x+1-1

lién tuc tai diém x=0.

. Khing dinh nao sau day dang nhat

Cau 12. Chon gia tri f(0) décachamséd f(x)=

X(x+1)
Al B.2 C.3 D. 4
Huwéng dén gidi:
Chon A.

NJ2x+1-1 . 2X

Taco: Iin;l f(x)=Ilim =lim =1

=0 X(X+1)  x20 x(x +1)(\/2x+1+1)
Vay ta chon f(0)=1

32x+8

A o ST, -2 .. e
Cau 13. Chon gia tri f(0) @€ cachamso f(x) = lién tuc tai diem x=0.

V3x+4-2
Al B.2 C. g D. 1
: 9 9
Hwong dan gidi:
Chon C.
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2(V3x+4+2) )
Taco: lim f(x) = lim =<

=0 3(,3/(2x+8)2 +2.32x+8 +4)

Vay ta chon f(0) = g

XFVXH2 phiys -1
Cau 14.Chohamsd f(X)={ x+1 . Khing dinh nao sau day dang nhit

2X+3 khix<-1
A. Ham s lién tuc tai tai tai X, =-1
B. Ham sé lién tuc tai moi diém
C. Ham sb khong lién tyc tai tai X, =—1.
D. Tat ca déu sai

Huwéng dan gidgi:

Chon C.
Taco: f(-D=1va lim f(x)= lim (2x+3)=1
Xx—>-1" x—>-1"
2_ f—
lim f(x)= lim XFVXF2 gy X =Xx=2
x—-1" x—-1" X+1 x—-1" (X +1)(X—*/X+2)

lim —X~2__3
x—>-1" ¥ — \/m 2
Suyra lim f(x)= lim f(x)
x>—1* x>—1"
Vay ham sé khong lién tuc tai x, =—1.
x+1+x-1 L
Cau 15. Cho hams6 3. f(x) = X . Khing dinh nao sau day dang nhat
2 khix=0
A. Ham s lién tuc tai X, =0
B. Ham s lién tyuc tai moi diém nhu gian doan tai X, =0
C. Ham sb khong lién tyc tai x, =0

D. T4t ca déu sai
Hwong dan gidi:

Chon C.
Taco: f(0)=2

3y _ 3y _
lim f(x):nnngmg[uw]
X—> X—> X X—> X

. 1
=lim| 1+ =2=f(0
HO( 1—\3/x—1+x—1] ©)
Vay ham s6 lién tuc tai x=0.
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3 —
Yx-1 khi x=1
Cau 16. Chohamsé f(x) = 1X -1 . Khing dinh nio sau diy ding nhit
- khi x=1
3

A. Ham sé lién tuc tai x=1
B. Ham sé lién tuc tai moi diém
C. Ham s6 khong lién tuc tai tai x =1
D. Tat ca déu sai
Huwéng dén gidi:
Chon C.

3
. . Yx-=-1 .. 1
Tacod: lim f(x)=1lim =lim
Xx—1 X—4 X—l Xx—4 3/X2 + 3 X +1
Ham sd lién tuc tai diém x=1.

1
=3=10)

x> —x-2
Cau 17. Chohamsé f(x) = X—2
x> —X+3 khi x <2
. Khing dinh nao sau day dang nhat
A. Ham s lién tyc tai X, =2
B. Ham sé lién tuc tai moi diém
C. Ham sb khong lién tyc tai X, =2
D. Tét ca déu sai
Huwong dan gidi:
Chon C.
- . X+1)(x—2
Tacd: lim f(x)=lim {u+ ZX} =4
x—2" x—2" AX—=2

lim f(x) = lim (X —x+3) =52 lim f (x)

X—2~ X—2~ x—2"

Ham sb khong lién tuc tai X, =2.

+2x khix>2

Xx+2a khi x<0

, ) lién tuc tai x =0
X+ x+1 khi x>0

Cau 18. Tim a dé cac hamsé f (x) :{

A % B. C.0 D.1

N

Huwéng ddn gidi:

Chon A.

Taco: lim f(x)=lim(x*+x+1) =1
x—0" x—0"

lim f(x)=lim(x+2a)=2a
x—0" x—0"

Suy ra ham sé lién tyc tai X:0<:>a:%.
. o VAL pixe0
Cau 19. Tim a dé cachamso f(x) =< ax?+(2a+1)x lién tuc tai x=0
3 khi x=0
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A. l B. l C. —i D.1

2 4 6
Hwong dan gidi:
Chon C.
Taco: lim f(x) = lim—2X =1

x>0 x>0 x(ax+2a+1)

=lim 4 __?

“°(ax+2a+1)(\/4x+1+1) 2a+1

Ham sé lién tuc tai x=0 < =3 :—1.
2a+1 6
VL2 i1
Cau 20.Tim a décachamsé f(x)={ * ~% lién tuc tai x =1
A =2 i x<1
x—3
A. l B. l C. E D.1

2 4 4
Hwong dan gidi:
Chon C.
Taco: lim f(x)= lim Y>X1=2_3

x>l x—1" X° =1 8

2
lim f(x) = lim 2% =2 _2
x—1" x> X—3 2
Suy ra ham sé lién tyc tai X:1<:>E:§:> azg.
2 8 4
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DANG 2: TINH LIEN TUC CUA HAM SO TREN TAP XAC PINH

Phuong phap:
+ Str dung cac dinh Ii vé tinh lién tuc cia ham da thirc, lvong gidc, phan thuc hitu ti ...
+ Néu ham s cho duéi dang nhiéu cong thire thi ta xét tinh lién tuc trén mdi khoang da chia va tai cac diém
chia cua cac khoang do.

Cau 1. Tim khing dinh dung trong cac khing dinh sau:

(1) 1=

(1) f(x):s'iﬂ c6 gidi han khi x — 0.

X
(1) f(x)=v9—x* lién tuc trén doan [-3;3].
A. Chi (1)va (1). B. Chi (I1)va (l1).  C.Chi(Il). D. Chi (1l1).
Huwéng dén gidi:
Chon B. ’
D3 thiy kd (T) sai, Kd (II) 14 i thuyét.
Ham so: f (x) =+v9—x* lién tuc trén khoang (3;3) . Lién tuc phai tai 3 va lién tuc trai tai 3.

Nén f(x)=+v9—x* lién tuc trén doan [-3;3].
Cau 2. Tim khang dinh dung trong cac khing dinh sau:
(1). f(x)= “XX+11 lién tuc v&i moi X =1.

(11). f(x)=sinx lientuctrén R.

lién tuc trén R.

(). f(x):% lién tuc tai x=1.
A. Chi (1) ding. B.Chi (1) va (I1). C. Chi (I)va (1), D. Chi (II') va (1)
Hmfnq dédn gidi:
Chon D.
Taco (1) dung vi ham sb luong gidc lién tuc trén timg khoang ca tap xac dinh.

" X khix=0
Taco (1) dingvi f(x)=12=1% .
12X khix<o
X
ido limf(x)=Ilimf(x)="f(1)=1.
Knids lim f (x)=lim f (x)= f (1)
. X .
Vay hamso y = f (x) ="—liéntyc tai x=1.
X
2
) , X3 %243 q q
Cau 3. Chohamsé f (x)=1{x—+/3 . Tim khang dinh dting trong cac khiang dinh sau:
243 ,x=43
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(1). f(x) lien tuc tai x=+/3.
(II). f(X) gian doan tai X=\/§.
(). f(x) lientyctrén R.

A.Chi (1) va(Il). B.Chi (11) va (IIl).
C.Chi (1) va (IlI). D.Ca (1),(11),(1) déu dung.
Hwoéng dan gidi:
Chon C.
V6i X #+/3 ta cé ham sb f(x)= ;2_:/% lién tuc trén khoang (—oo;\/g) va (\/§;+oo), (1).
V6i x=+/3 ta co f(\/§):2\/§ va xILr%f(X):lerp@ :2_:/%:2\/5: f(\/g) nén ham sé lién tuc tai
x=+/3, (2)
Tur (1) va (2) tacohamsd lién tuc trén R .
Cau 4. Tim khang dinh dung trong cac khing dinh sau:
(1). f(x)=x"=x*+1liéntyctrén R.
(). f(x):\/% lién tuc trén khoang (-11).
(III). f(X):m lién tuc trén doan [2;+oo).
A. Chi (1) ding. B.Chi (1) va (I1). C.Chi (Il) va(Il1).  D.Chi(I)va(lll).
Hwoéng dan gidi:
Chon D.

Taco (1) dangvi f(x)=x"—x"+1 la ham da thic nén lién tuc trén R .

Taco (1) dingvi f(X)=~/x—2 liéntuctrén (2;+o0) va lim f (x)= f(2)=0 nén hams4 lién tuc trén

x—2*

[2;+0).

3_— /9—X , O0<x<9
X
Cau 5. Chohamsé f(x)=4m ,x=0 . Timm @& f(x) lién tuc trén [0;+o0) la.
E ,X=29
X
Al B 1cl D.1.
3 2 6
Hwong dan gidi:
Chon C.
TXD: D =[0;+x).
Vési x=0 taco f(0)=m.
Taco lim f(x)=lim > 2% _jjm 2 _1
x—0* x—0* X x=0" 34+J9—X 6
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Vay dé ham sé lién tuc trén [0;+0) khi lim f(x)=m < m :%.

x—0"
. x? +1 .
Cau 6. Chohamsé f(x) = — Khi d6 ham sé y = f (X) lién tuc trén c4c khoang nao sau day?
X°+5X+6
A (-32). B. (=2;+). C. (-0;3). D. (2;3).
Huwéng ddn gidi:
Chon B.
N . X # -3
Ham so6 c6 nghia khi X“+5X+6# 0 < .
X#—2
R Y, X +1 . ) X
Vay theo dinh Ii ta c6 hams6 f (X)=— lién tuc trén khoang (—o0;-3);(-3;-2) va (—=2;+).
X +5x+6
X* —5X+6 )
A g ——— khix<?2 B . . o P
Cau7.Chohamsd f(x)=1 2x*-16 . Khing dinh nao sau day dung nhat.
2—x khi x>2

A. Ham s lién tuc trén R
B. Ham so lién tuc tai moi diém

C. Ham s khong lién tuc trén (2:+o0)
D. Ham s gian doan tai diém x=2.
Huwéng ddn gidi:
Chon D.
TXD: D=R\{2}

X* —5Xx+6
2x* -16
e Vi Xx>2= f(X)=2-x= hamsb lién tuc

e Tai x=2taco: f(2)=0

lim f(x)=lim(2-x)=0;

x—2" x—2*

lim £(x) = lim —C=AO3) L i
X2 -2 2(X—=2)(X" +2x+4) 24 x-2

Ham sé khong lién tuc tai X =2.

3 —
ﬁ ! khix>1
Cau 8. Chohamsé f(x) = x-1 . Khing dinh nao sau ddy dung nhat.
JN-x+2 ..
—— khix<1
X+2

o Vi x<2= f(x)= = ham s lién tuc

A. Ham s lién tuc trén R
B. Ham s6 khong lién tyc trén R
C. Ham s khong lién tuc trén (1:+0)
D. Ham s gian doan tai cac diém x=1.
Huwoéng dan gidi:
Chon A.
Ham s6 xac dinh véi moi x thuoc R
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* Véi x<l1l= f(x):l_—X2+2:> ham sé lién tuc
+

3 —
e V5i Xx>1= f(x):\/; 1:> ham sb lién tuc

Jx-1
e Tai x=1taco: f(l)z%
fim () = Yx-1 i (= “DRx+1) 2 ;
x—1" x—1" \/_ 1 ><a1+ (X 1)(,/ +\/;+1) 3
lim £ (x) = limY2=X 2 _2_ = lim £ (x) = £
X—2" x-»1" X+ 2 3

Ham s lién tuc tai X =1.
Vay ham s6 lién tuc trén R .
tan x
« o —,XiOAX¢£+kﬂ,k€Z s - o .
Cau 9. Chohamsé f(x)=4 x 2 .Hamsé y = f (x) lién tuc trén céc khoang
0 ,x=0

nao sau day?

A. (0%) B. (—oo;%]. C. (—%%) D. (—o0;+00).

Huwéng dan gidgi:
Chon A.

TXD: D= R\{2+kﬂ' keZ}

Vési x=0taco f(0)=0.
tim £ (x) = lim 2% Z1im 3% jim L _1 pay lim £ (x) £ (0).

x—0 x—0 X x=>0 X x—=0 COS X x—0

Vay ham s6 gian doan tai X=0.

ax? x<+2,aeR

(2-a)x’ x>2
A.1v§2. B.1va -1. C.-1va?2. D.1va-2.

Hwong dan gidi:

Chon D.

TXb: D=R.

Véi x>+/2 tacohamsé f(x)=a®x? lién tuc trén khoang (\/§;+oo) .

Cau 10. Cho ham s6 f(x){ .Giatricua a dé f(x) lientyctrén R 1a:

Vi X<~/2 tacohamsé f (x)=(2-a)x* lién tuc trén khoang (—oo;\/a).
Voi x=+/2 taco f(V2)=2a".

lim f(x)= lim (2-a)x*=2(2-a); lim f(x)= lim a’x*=2a’.

xg)ﬁJr XA)\EJF X—)\/Ei X‘)\/Ei
Pé ham s6 lién tuc tai x=+2 < lim f(x)= lim f(x)=f(V2) <22’ =2(2-a) & a’ +a-2=0
X2 Xx—>2"
{a =1
= .
a=-2
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Vay a=1hoic a=-2 thi hamsé lién tuc trén R .

X2  X>1
A 3 A 2X3 N < . , . 2 .
Cau 11. Chohamso f (X) = 1 , 0<x<1. Tim khang dinh dang trong cac khang dinh sau:
+X
xsinx ,x<0
A. f(x) lientyctrén R B. f(x) lién tuc trén R\{0}.
C. f(x) lientyc trén R\{1}. D. f(X) lién tuc trén R\{0;1} .
Huwéng dan gidi:
Chon A.
TXb:
TXDb: D=R.

Voi x>1 tacohamsd f(x)=x* lién tuc trén khoang (1;+o0).(1)
3

. L s . 2X
V6i 0< X <1 tacohamsd f(x):1
+X

Vi x<0 taco f(x)=xsinx lién tuc trén khoang (—o0;0). (3)

lién tuc trén khoang (0;1). (2)

3

(
Véi x=1taco f(1)=1; lim f(x)=|imx2=1; lim f (x)=lim 2x

x—1" x—1* x—1" -1 14+ X =1
Suyra |XILT11 f(x)=1=1(1).
Vay ham sb lién tuc tai x=1.
.. . ) .2x3 . . . ., .. sinx
Véi x=0 taco f(0)=0; lim f(x)=lim =0; lim f(x)=lim(x.sinx) = lim x*. lim —==0
x—0* x—0" 1+ X x—0~ x—0~ x—0~ x—0" X

suy ra IXILTg f(x)=0=f(0).
Vay ham s lién tuc tai x=0. (4)

Tur (1), (2), (3) va (4) suy raham s lién tuc trén R.
R g X+ 2
Cau 12. Cho hamso f(x) :2;

X°—X—6
A. Ham s lién tuc trén R
B.TXD : D =R\{3;-2}.Ta c6 ham sé lién tuc tai moi X € D va ham sé gian doan tai Xx=-2,x=3

. Khing dinh nao sau diy dung nhit.

C. Ham s6 lién tuc tai X =-2,x=3
D. Tét ca déu sai
Huwong dan gidi:
Chon B.
TXD: D=R\{3;,-2}.
Ta c6 ham sé lién tuc tai moi X € D va ham s gian doan tai X=-2,X=3

Cau 13. Cho hamsb f (x) =+/3x® —1. Khing dinh nio sau diy ding nhét.
A. Ham s lién tuc trén R

B. Ham sé lién tuc tai moi diém x e (—oo; —i] u(i; +oo]
B)\ B
Mua fife Word lién hé: 0978064165 - Email: dangvietdong.bacgiang.vn@gmail.com Trang

130
Facebook: https://www.facebook.com/dongpay - Website: https://toanmath.com/



ST&BS: Th.S Dang Viét Dong Truwong THPT Nho Quan A

Gidi han - DS&GT 11

C.TXP: D :(—m;%}u[%;m]
1

D. Ham so6 lién tuc tai moi diém X e (———]

3 3
Huwéng dén gidgi:
Chon B.

oo

Ta cd ham so lién tuc tai moi diém X e (—oo; -

M)
. 1 1
lim f(x)=0= f(——j:ham s lién tuc tréi tai x——T

o) \E
NG
1
lim f(x)=0= f( j:> ham sé lién tuc phai tai X = —
“[f] V3 &
3

e S 1 1
Ham so gian doan tai moi diém X e (———]

NG

Cau 14. Chohamsb f(x) = 2sin x + 3tan 2x . Khang dinh nao sau ddy dung nhat.

A. Hamsé lién tuc trén R B. Ham sé lién tuc tai moi diém

C.TXb:D = R\{ > + k— ke Z} D. Ham s gian doan tai cac diém

x=2+kZ kez
4 "2

Huwéng dan gidgi:
Chon D.

XD :D = R\{4+k— keZ}

Ta c6 ham sé lién tuc tai moi diém thudc D va gian doan tai cac diém

x=2+kZ kez.
4 "2

X —=3x+2 .
. o X2 phixzl ,
Cau 15. Chohamso f (X) = |X —1| . Khang dinh nao sau day dtng nhat.
a khi x=1
A. Ham s lién tuc trén R B. Ham sb khong lién tuc trén R
C. Ham s khong lién tuc trén (1:+0) D. Ham s gian doan tai cac diém x=1.

Huwéng dén gidi:
Chon D.
Ham sé lién tuc tai moi diém X =1 va gian doan tai x =1
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—'2X+1_1 khix=0
Cau 16. Cho hamsé f (x)= X . Khing dinh nao sau day dang nhat.
0 khi x=0

A. Ham s lién tuc trén R

C. Ham s khong lién tuc trén (0;+o)
Huwéng ddn gidi:
Chon D.
Ham s6 lién tuc tai moi diém X =0 va gian doan tai X =0

2x+1 khi x<0

B. Ham sb khong lién tuc trén R
D. Ham s gian doan tai cac diém x=0.

CAau 17. Chohamsb f(x) =< (x=1)* khi 0 < x < 2. Khing dinh nao sau ddy dung nhat.
Jx -1 khix>2
A. Ham s lién tuc trén R
C. Ham s khong lién tuc trén (2;+o0)
Huwéng ddn gidi:
Chon D.
Ham sé lién tuc tai moi diém X # 2 va gian doan tai X =2

A . 2x2+x+1 khi |x<1 | )
Cau 18. Chohamso f(x) = ) . Khang dinh nao sau day dung nhat.
3x-1  khi |[x>1

B. Ham sb khong lién tuc trén R
D. Ham sb gian doan tai cac diém X =2.

A. Ham s lién tuc trén R

B. Ham s6 khong lién tuc trén R
C. Ham s khong lién tuc trén (2;+o0)

D. Ham s gian doan tai cac diém X =+1.
Huwéng ddn gidi:

Chon D.

Ham so lién tuc tai moi diém X # +1va gian doan tai X ==1.

sinx khi [x <=
Cau 19. X4c dinh a,b dé cac hamsé f (x)= lién tuc trén R

ax+b khi |x|> =
2

2 2 1 2
a=— a=— a=— a=—
A. T B. T C T D T
b=1 b=2 b=0 b=0
Huwéng ddn gidi:
Chon D.
%a+b:1 a—z
Ham sé lién tuc trén R < o pa
——a+b=-1 b=0
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3 2
X =3+ 2X i x(x—2) £ 0
X(x—2)
Cau 20. Xac dinh a,b dé cac hamsé f(x)=<a khi x =2 lién tyc trén R
b khix =0
a=10 a=11 a=1 a=12
A. B. C. D.
Huwéng ddn gidi:
Chon C.
N ST . a=1
Ham so lién tuc trén R < .
b=-1
IXZ242X1 iy
Cau 21. Tim m dé cac ham sé f (x) = x—1 lién tuc trén R
3m-2 khix=1
A.m=1 B.m:% C.m=2 D. m=0
Hwéng ddn gidi:
Chon B.
3 - - r
Véi x#1taco f(x) :fol nén ham s lién tuc trén khoang R\ {1}
X_
Do d6 ham sé lién tuc trén R khi va chi khi ham sé lién tuc tai x =1
Taco: f(1)=3m-2
3 —_— f—
lim f (x) = lim¥X—2+2x-1
x—1 x—1 X =1
—lim|1+ XHx-2
ot (x—l)(xz—x3x—2+«3/(x—2)2)
| X2+ X+2
=lim| 1+ =2
e G x—2+\3/(x—2)2}
Nén ham s lién tuc tai X:1<:>3m—2:2<:>m:%
A 4
Vay m= § la nhitng gia tri can tim.
) o WXL hixso
Cau 22. Tim m dé cac hamso f (x) = X lién tuc trén R
2x*+3m+1 khix<0
A.m=1 B.m:—% C.m=2 D.m=0

Huwéng dén gidgi:
Chon B.
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. , NX+1-1 .
e V6i x>0 tacd f(x)=-———-= nénhamsé lién tuc trén (0;+x)
X
e V6i x<0 tacd f(x)=2x*+3m+1 nén ham sé lién tuc trén (—o0;0).
Do d6 ham sd lién tuc trén R khi va chi khi ham s lién tuc tai x =0
Tacé: f(0)=3m+1

lim (x) = lim XAl L1
x—0" x—0" X x=>0" X +1+1 2
lim f(x) = lim (2x* +3m+1)=3m+1
x—0" x—0"
ST . 1 1
Do d6 ham so lién tuc tai x:0<:>3m+1:5<:>m:—€

1 “ N 4 - A ’s
Vay m= _E thi ham so lién tuc trén R .

V2X—=4+3 khi x> 2

Cau 23. Tim m dé cac ham s f (x) = X+1 _ lién tuc trén R
> khix <2
X =2mx+3m+2
A . m=1 B.m:—% C. m=5 D.m=0

Huwéng dén gidi:

Chon C.

Véi x> 2 ta cdham sé lién tuc

Dé ham sé lién tuc trén R thi ham sé phai lién tyc trén khoang (—o0;2) va lién tyc tai x =2.

e Ham s lién tyc trén (—o0;2) khi va chi khi tam thiic
g(X)=x*—2mx+3m+2=0, Vx<2
. {A':m2—3m—2£0 3-\17 3+417

IA

= m<
g(2)=—m+6=0 2 2

m?>-3m-2>0
sSim>2

{A':m2—3m—2>0
TH 2;
A'<(m=2)?

&:m—%5>2
m > 3+\/17 3+J1_7

= 2 &
m<6

. 3-17
2

<m<6

Nén
o lim f(x)= Iim(\/2x—4+3):3

x—2* x—2*

] . X+1 3
lim f(x) = lim — =
x—2" x>2 X°=2mX+3m+2 6-—-m

<m<6 (*)thi g(x)=0, ¥x<2

Ham s6 lién tuc tai X:2<:>6i:3<:> m=>5 (thoa (*))
m
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DANG 3: AP DUNG TiNH LIEN TUC XET SO NGHIEM CUA PHUONG
TRINH

Phuwong phap :

e Dé ching minh phuong trinh f (X) =0 c6 it nhat mét nghiém trén D, ta chitg minh ham sé y = f (X)
lién tyc trén D va c6 hai sé6 a,b e D saocho f(a).f(b)<O0.

e Dé ching minh phuong trinh f (X) =0 ¢6 k nghiém trén D, ta chirng minh ham s6 y = f (x) lién tuc
trén D va ton tai k khoang roi nhau (a;a,,,) (i=1,2,...,k) namtrong D sao cho f(a).f(a,,)<0.

Cau 1. Tim khéng dinh dung trong cac khing dinh sau:
I f (X) lién tuc trén doan [a;b] va f (a).f (b) < 0 thi phuong trinh f (X) =0 c6 nghiém.
1. f(x) khong lién tuc trén [a;b] va f (a).f (b)>0 thi phuong trinh f (x)=0 v6 nghiém.
A. Chi I dung. B. Chi IT dung. C. Calvall dang. D. Cal va ll sai.
Huwéng ddn gidi:
Chon A.
Cau 2. Tim khing dinh ding trong cac khing dinh sau:
(1) f(x) lién tuc trén doan [a;b] va f(a).f (b)>0 thi ton tai it nhat mot s ¢ e (a;b)saocho f (c)=0.
(1) f(x) lién tuc trén doan (@&;b] va trén [b;c) nhung khong lién tuc (a;c)
A. Chi (1). B.Chi (11).
C. Ca (1) va (1) dang. D. Ca (1) va (I1)sai.
Huéng dén gidi:
Chon D.

KD 1 sai.
KD 2 sai.

Cau 3. Chohamsé f (x)=x*—-1000x"+0,01. Phuong trinh f (x)=0 co nghi¢m thuc khoang nao trong
cac khoang sau day?
I (-30).11. (0;1). 1. (1;2).
A. Chi~|. B.Chilvall. C. Chi ll. D. Chi Ill.
Hwong dan qgidi:
Chon B.
TXD: D=R.

Hamsé f (x)=x>—-1000x+0,01 lién tyc trén R nén lién tuc trén[-1;0], [0;1] va [L;2], (1).
Taco f(-1)=-1000,99; f(0)=0,01 suyra f(-1).f(0)<0, (2).

Tur (1) va (2) suy ra phuong trinh f (x)=0 c6 it nhat mot nghiém trén khoang (-10).

Taco f(0)=0,01; f(1)=-999,99 suyra f(0).f(1)<0, (3).

Tir (1) va (3) suy ra phuong trinh f (x)=0 c6 it nhat mot nghiém trén khoang (0;1).

Taco f(1)=-999,99; f(2)=-39991,99suyra f(1).f(2)>0, (4).

Tir (1) va (4) ta chua thé két luan vé nghiém ciia phuong trinh f (x) =0 trén khoang (1;2).
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PAP AN ON TAP CHUONG IV

Caul | Cau2 | Cau3 | Cau4 | Caus5 | Cau6 | Cau7 | Caus8 | Cau9 | Cau1o
C D A B C D B C A C
Caull | Caul12 | Caul3 | Cau14 | Caul5 | Cau 16 | Caul7 | Cau18 | Cau 19 | Cau 20
A B C D B D B C D A
Cau?2l | Cau22 | Cau23 | Cau24 | Cau2s | Cau26 | Cau 27 | Cau28 | Cau29 | Cau 30
C C B A C D A D C B
Cau3l | Cau32 | Cau33 | Cau34 | Cau 35 | Cau36 | Cau 37 | Cau38 | Cau 39 | Cau 40
B B A C D B C D B A
Cau 4l | Cau4d2 | Caud3 | Caud4 | Cauds | Cau 46 | Caudr | Cau 48 | Cau49 | Caus0
C A D D B C C D D A
Caub51 | Caub52 | Caub53 | Caub54 | Caubs5 | Caus56 | Cau 57 | Caus8 | Cau59 | Cau 60
D A D C B A B D B B
Cau 6l | Cau62 | Cau63 | Caub4 | Cau65 | Cau66 | Cau67 | Cau68 | Cau 69 | Cau 70
A C D A B B D B C D
Cau7l | Cau72 | Cau73 | Cau74 | Cau75 | Cau76 | Cau77 | Cau78 | Cau79 | Cau 80
B A C C D B C B D A
Caus8l | Cau82 | Cau83 | Cau8s | Caus8s | Causgb | Cau87 | Cau88 | Cau 89 | Cau 90
C A C B D A C D D A

Cau 91
B
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